Tai liéu giang day, hoc tap Lép 11 nam 2021—- FB Duong Hung

§0. HAM SO LUONG GIAC

<

©. Ham s6 sin: y=sinx
@. Dinh nghia: Qui tic dit tuong tng méi
s6 thuce z véi s6 thuc sinx
osin: R—> R
T > sinz dude goi 14 ham s6 sin,

® K7 hiéu y = sinx

@D. Tinh chit:

e Tap xac dinh R,

o Tap gia tri: [—1;1] ,c0 nghia la —1<sinx<1,VxeR.

e Ham s6 tuan hoan véi chu ki 27, ¢6 nghia sin(x+k27)=sinx v6i keZ.

e Ham s6 dong bién trén mo6i khoang (—%+ k27r;§+ k27rj va nghich bién trén moi

khoéng (%+k27z;37”+k27z) kel.

e y=sinxla ham s61&, d6 thi ham s6 nhan gbc toa do O 1a tam d6i xing (Hinh 1).

sinx|———\M

&
.

f{x) = sin(x)

Hinh 1.

@. Mot s6 gia tri dic biét:
v sinx=0x=kr,(keZ)

v sinx=1<:>x=%+k27r,(keZ)

v sinx=—l<:>x=—%+k27r,(keZ)
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< 2. Ham sb cos >

€. Ham s6 co6sin: y=cosx

®. Dinh nghia: Quitic dit tuong Gng y
mdi s6 thuc x véi s6 thuc cosz

W<

°cos: R—> R ; .

A\ [0) cos}A X
AR TN % (0]
z > cosx dudc goi la ham so \T/

=

cos,

® Ki hiéu y = cosz

®. Tinh chat:

e Tap xéac dinh R.
Tap gia tri: [-1;1] ,c6 nghiala —1<cosx<1,VxeR.

Ham s6 tuan hoan véi chu ki 27 , ¢6 nghia cos(x+k27z)=cosx véi keZ.

Ham s6 dong bién trén méi khoang (-7 +k27;k27) va nghich bién trén mdi khoéng

(k27r;7r+k27r),keZ.

y=cosx 13 ham s6 chén, do thi ham s6 nhan Oy lam truc déi xitng (Hinh 2).

1 fix) = cos(x)

- T N . o N £ S FA Ty A
®Ta cH cosx = s1n(x +5] nén do thi cia ham so y =cosx dudc suy ra tir do thi ham so

. S . .« Z X . ~ A . - ”
y=sinx bang cach tinh tién do thi ham s6 y =sinx theo vectc u = (—5;0]-

Yy = sinx
g

1
S —————————— — = e ———————— — — =
- ~ - S
~ b ® S s SN /Co L 7 Bt
N 1, X —7/2 o /2 ~ Ko "y Y
[

@ .Mot sb gia tri dac biét:

v cosx=0<:>x=§+k7r,(keZ)

L o 1 0~ . LY (1. - 77\
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é 3. Ham sb6 tan >

©. Ham s6 tan: y=tanx

®. Dinh nghia: ; !
7z z . P ~ P Bl _____
® Ham so tan la ham so dugc xdc dinh boi cong thic: 17
m/ ] -
sin x H A\ A
y= (cosx #0) A ;1 0 e
CcoS X \
&
® Ki hiéu la y = tanx. =

@®. Tinh chat:
e Tap xéc dinh: R\{%+k7r|k - Z}

e Tap giatrila R.
e Ham s6 tuan hoan véi chu ki 7, c6 nghia tan(x+kx)=tanx,(k € Z).

e Ham s dong bién tren méi khoang (—%+ kﬁ;%+ kﬂ],(k eZ).
e y=tanx l3 ham s6 18, do thi ham s6 nhan gbc toa do O lam tam déi xiing va nhan mdi

dudng théng x = §+ kr,k € Z 1am dudng tiem can. (Hinh 3)

| (X = tan(x)
27/ 3m T n‘l ES T 3ni 2,
2 2 /P 2 2 x

Hinh 3.
@. Mot s6 gia tri dic biét :
v tanx=0&x=kr,keZ

v tanx=1<3x=%+k7z,keZ.

v tanx=—1@x=—§+k;z,kez.
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< @. Ham sb cot >
€. Ham sb tan: y=cotx
©. Dinh nghia: "
. . B s
e Ham so cot la ham so dugc xdc dinh bdi cong s s
thie: B2 M
o i 4
A’ o H X
y= C?SX (sinz #0)
sin x
® K7 hiéu la y = cotz. i

@. Tinh chat:
e Tap xac dinh: R\ {kﬂ’ ‘k € Z} .
o Tapgiatri: R.
e Ham s6 tudn hoan véi chu ki 7, ¢6 nghia cot(x+kz)=cotx,(k € Z).
e Ham s6 nghich bién trén mdi khoang (kmsm+kr),kel.
e y=cotx la ham s 1&, 6 thi ham sb nhan géc toa ¢ O lam tam ddi xting va nhan mdi
duong thiang x =k, k € Z1am dudng tiém can (Hinh 4).

4

f(x)=.‘i otan(x)

3n

Hinh 4

@. Mt sb gia tri diic biét :
T
v cotx=0<:>x=5+k7z,keZ.
T
4 cotx=1<:>x=z+kﬂ',keZ.

v cotx=—1<3x=—%+k7z,keZ.
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®.Ghinho

o y:% xac dinh @g(x);tO

y=%/f(x),neN* xac dinh < f(x)20.

y =sin [u(x)] xac dinh & u(x) xac dinh.

y =cos [u (x)] xac dinh < u(x) xac dinh.
° y= tan[u(x):l xéc dinh < u(x) xac dinh va u(x) ¢§+k7r,k et

(
e y= cot[u(x)] xéc dinh < u(x) xac dinh va u(x)#kz,keZ.

€. Bai tap minh hoa:
Cau 1: Tim tap xac dinh ctia ham s6 y = tan(x—%)
Loi giai
5 2
e Dieu kién: cos(x—%) z0< X-%i%-i‘kﬂ' & )CiT”-i‘kﬂ'

e TXD: D=R\{%T+k7z, keZ}.

Cau 2: Tim tap xac dinh ctia ham s6 y = cot’ (2?”—3x)
Loi giai
e Diéu kién: sin(z—”—i%)c);«r&Oc:>2—7[—3x;zr&kiz<::>x;zt2—7[—16Z
3 3 9 3
o TXD: D:R\{%”Jrk%, keZ}.

. tan 2
Cau 3: Tim tap xac dinh ciia ham s6 y = 'an * cot(3x+£)
sinx+1 6
Lai giai
sinx # —1 x# -2k
e Didukion: 4 N 2
sin(3x+—) =0 n  krx
6 X#——+—
18 3

e VayTXD: D= R\{—%+k2ﬂ,—%+k§;k c z}

. a1 . tan5
Cau 4: Tim tap xac dinh ctia ham so6 y = L
sin4x —cos3x

Lai giai
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e Taco: sin4x—c0s3x:sin4x—sin(%—3xj

x 7). (Ix =&
=2c0s| —+— |sin| ———
5557

cosSx =0 10 5

e Diéu kién: {cos 20 %00 olxzZikon
2 4 2

I r  k2rx
Xz X#E——
s1n( > + 2 j =0 14" 7
e VayTXD: D=RUZE KL Z pop 7 K27
10 2 14 7
-~ @.Dang 2 Tuan hoan, chu ky
©.Ghi nhé
N A . ~ ~ ~ A X ~ P N 272.
e Ham s0 y = A.sin(ax+b) (A.a #0) la mot ham so tuan hoan v6i chu ki T= ﬂ
a
o . PN o . 2
e Ham s6 y=A.cos(ax+b) (A.a#0) 1a mot ham s6 tuan hoan véi chu ki T= W
a
e Ham s6 y=A.tan(ax+b) (A.a #0) 13 mot ham s6 tuan hoan véi chu ki T= |£|
a
o Hamsb y=A.cot(ax+b) (A.a=0) 1o mot ham s6 tun hoan véi chu ki T =|”—‘
a

e Néuhamsd y=f(x) chi chifa cdc ham s6 lugng gidc c6 chu ki 1an lugt 1a
T,,T,,...,T, thiham s6 f ¢6 chuki T 14 boi chung nhé6 nhét caa T,, T,,..., T, .

e Néuhamsé y=f(x) tudn hoan véi chuki T thi ham s6 y = f(x)+c (c la hing s0)

ciing 14 ham s6 tuan hoan véi chu ki T.

€. Bai tap minh hoa:

Cau 1: Xét tinh tuan hoan va tim chu ki (néu c6) ciia ham sb sau: y=cos’ x—1.

Loi gidi
. Tabiéndéi:y=coszx—lzm—l:10052x—l.
2 2 2
e Dodé f 1aham sb tuan hoan véi chu kiT=2—ﬂ=7r.

R . . . (2 2
Cau 2: Xét tinh tuan hoan va tim chu ki (néu ¢6) ctia ham s6 sau: y =sin (—xj.cos (gx) .

Loi giai
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e Tabién doi: y=sin gx .COS %x =lsin ix .
5 5 2 5

e Dodo f laham s6 tuan hoan véichuki T= 2z 5w

( 4) 2
5
Cau 3: Xét tinh tuan hoan va tim chu ki (néu ¢6) ctia ham s6 sau: y =cosx +cos(\/§.x)
Loi gidi
e Gia st ham s6 da cho tuan hoan=> ¢6 s6 thuc duong T thoa :
o f(x+T)=f(x)e cos(x+T)+cosx/§(x+T) = cosx +cos/3x
cosT=1 T=2nr
=

m
=3=—vo0li,do
cos\/gTzl

° x=0:>cosT+cos\/§T=2<:>{ \/§T 5
=imn n

m .. 4.
m,n € Z, = — 1a s6 hitu ti.
n

e Vay ham s6 da cho khong tuan hoan.

Cau 4: Ching minh ring ham s6 sau 13 ham s6 tuan hoan va tim chu ki ctia né: y = ,1 .
sin x
Loi gidi
e Tap xéc dinh: D =R\{k7z,k € Z} .
) 1 1 . .
o Taxét ding thic f(x+T)=f(x) < = < sin(x+T)=sinx.

sin(x+T)  sinx
e Chon ng thi sinx =1 va do dé sin(%+Tj:1<:>%+T:§+k27r,keZ.

e S6 duong nhoé nhat trong cac s6 T 1a 27 .

e Rorang VxeD,x+k2reD,x+k27x €D va f(x+k2ir)=Sin(xlkzﬂ)zsirllxzf(x)

e Vay f la ham s6 tan hoan véi chu ki T=2r.
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~{ €©.Dang 3 2NN\ R ML

®.Ghinhdo

v cos(-x) = cosx ; sin(-x) = -sinx ; tan(-x) = - tanx ; cot(-x) = -cotx

v sin?(x) = [sin(-x)]2 = (-sinx)? = sin’x

@. Tim chu ki ciia ham s6
e Buécl:Tim TXD D ctia hamsé f(x)
e DBudc 2 : Chitng minh D la tap d6i xiing, nghiala Vxe D= -xeD,
e Buéc 3 : Tinh f(-x) , so sanh v6i f(x) . C6 3 khé néng:
+) f(=x)= f(x) > fchan
+) fx)=—f(x) > f1&
+) C6 x,dé f(—x,) #£f(x,) — f khong chdn,khong 1é

@. Chu y: Ham y=sinx, y=tanx, y=cotx 14 ham s6 1. y=cosxla ham chin

€. Bai tap minh hoa:

Cau 1: Xét tinh chén, 1é cia ham s6
@. y:f(x):sin(2x+97ﬂ ®. y=f(x)=tanx+cotx
Loi giai
@. Tap xac dinh D =R, 13 mot tap déi xting. Do d6 Vxe Dthi —xeD.
e Taco f(x)= sin(2x+9?ﬂJ = sin(2x+%+47z} = sin(2x+%) =c0s2x .

e C6 f(-x)=cos(—2x)=cos2x= f(x).

e Vayhamsd f(x) laham sb chin.

V4
, cosx#0 +—+kr
®. Ham s6 c6 nghia << & * 2 (v6ik,leZ).
sinx #0 v lr

e Tapxacdinh D= R\{%+k7r,l7r

k,l e Z} ,1a mot tap déi xting. Do d6 Vx € D thi

-xeD
e Tacé f(—x)=tan(—x)+cot(—x)=—tanx—cotx=—(tanx+cotx)=—/(x).

e Vayhamso f(x) la ham sb 18.
Cau 2: Xét tinh chin 1é ciia ham s6 y = tan’ 2x.sin 5x
Loi giai

e Ham s6 c6 nghia khi cos2x #0 c>2x¢%+k7r ®x¢%+k7ﬂ,kez.
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~{ @.Dang 4 eI NANE el NN

®.Ghinho

e Tapxacdinh D= R\{%ﬂrkf,k e Z} ,1a mot tap déi xiing. Do d6 Vx € D thi

—xeD.
e Tacb f(—x) = tan’ (—2x).sin(=5x) = tan’ 2x.sin 5x = f(X) .

e Vayhamsd f(x) 1aham sb chin.

—1<sinx <1 ; -1<cosx<1;0 <sin?x <1;A?’+ B >B
—1<—sinx <1,—-1<—cosx <1;:0<cos* x<1
Ham s y = f(x) luon dong bién trén doan [a;b] thi
G[Z;]Z]Nf(x) =1 ; G[Z%Nf(x) = f(a)
Ham s6 y = f(x) luon nghich bién trén doan [a;b] thi
G[Z:Lb]Nf(x) =f(a); G[{;]Zf]Nf(x) =f(b)

—Ja* +b* <asinx+bcosx<+a’ +b’

€. Bai tap minh hoa:

Cau 1. Tim gia tri 16n nhat, gia tri nho nhat clia cdc ham s6 sau.

1. y=4sinxcosx+1 2. y=4-3sin’2x

Gids

1. Taco y=2sin2x+1.

Do -1<sin2x<1=-2<2sin2x<2=-1<2sin2x+1<3

=>-1<y<3.

* y=—1<:>sin2x:—1<:>2x=—§+k2n<:>x=—£+kn.

* y=3<:>sin2x=1<:>x=£+kn.

Vay gi4 tri 16n nhat ctia ham s6 bang 3, gia tri nhé nhat bang 1.

2. Taco: 0<sin*x<1=1<4-3sin*x<4

* y:1<:>sin2x:1<:>cosx:0<:>x:g+kn.

*y=4osinx=0x=kn.

Vay gia tri 16n nhat ctia ham s6 bang 4 , gia tri nhé nhat bang 1.

Cau 2: Tim gia tri 16n nhat ctia ham s6 sau y =sinx—

trong khodng O<x<m

smx
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Giai

ViO<x<mnén 0<sinx<1,do d6 sinx <

Sin x

Vay ham s6 dat gia tri, 16n nhat 1a 0 tai sinx=1< x =g )

©

Bai tap tric nghiém

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Tim tap xac dinh cia ham s6 y = 1,_ 2x )
sin2x
®. D=R\{kz,keZ}. ®.
©. D:R\{%H’m,keZ}.
e a . 1 oz 3
Tim tap xac dinh ctia ham s6 y =
cosx+1

®. D:R\{%+k27r,keZ}.
©. D=R\{zr+k2r,keZ}.
Tap xac dinh cia ham s6 y =+/sinx—1 13

®. R. ®. {kr|keZ}.

. 1
Tim tap xéc dinh D ciaham s y=——.
P ' 7 J1-sinx

®. D=R\{k27,keZ}.
©. D=R\{%+k2ﬂ,keZ}.

Tap x4c dinh D ctia ham s6 y = tan3x 1a

®. D :R\{%”,k ez}.
©. D=R\{kr,k eZ}.

tan x

Tim tap xac dinh ctia ham s6 y = — :
sinx—1

®. R.

©. R\{%Jrkﬁ,keZ}.

Tap xac dinh ciaham s6 y = tan(Zx +%j 1a

®. R\{§+k7r,keZ}.

©.

®.
@)

®.

D:R\{%+k27z,k2n,keZ}.

®. D:R\{k%,kez}.

D=]R\{k27z,keZ}.

D=R\{7r+k7r,keZ}.

{%+k27r|keZ}.@. {%+k7r|keZ}.

D=R\{7r+k27r,keZ}.

D =R\ —%+k27z,keZ}.

R\{%+k27r,keZ}.

R\{kz,keZ}.

R\{ﬂ+k—”,kez}.
6 2
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©. ]R\{£+k7r,keZ}. @. R\{£+k—”,kez}.
6 6 2

Cau 8: Tim tap xac dinh ctia hAm s6 y =+/1-cosx +cotx.

®. R\{kz, keZ}. ®. (—o031].

©. ]R\{%Jrkﬂ,keZ}.‘ ®. [-1;1]\{0}.
Cau9: Hamsé y= 3" =L 6 tap xdc dinh la

3+sinx

®. R\{%+k27r|kez} ®. R.

©. v. @. {%+k27z|keZ}.
Cau 10: Tim tap xac dinh ctia ham s6 y:‘/1+c?sx .

1-sinx

®. R\{kz|keZ). ®. R\{%+k27z|kez}.

©. r. ®©. R\{k2z|keZ}.
Cau 11: Tap xac dinh clia ham s6 y = cotxr 1y

cosx—1

®. R\{k%,kez}. ®. R\{%Hm,keZ}.

©. R\{kr,keZ}. ®. R\{k27,keZ}.
Cau 12: Tap xéc dinh ctia hamso f(x)= ! 1a

1-cosx
®. R\{(2k+l)%|kez}. ®. R\{(2k+1)z|keZ}.
©. R\{kx|keZ}. ®. R\{k27|keZ}.
1

Cau 13: Tim tap xac dinh D ctia ham s6 ¥ = S
sin(x—j

®. D=R\{2k+)r,keZ} ®. D:R\{kg,keZ}
©. D:R\{(2k+1)§,keZ} ©. D=R\{kr,k Z}
- S tan2x
Cau 14: Hamso y= ¢6 tap xac dinh 1a
1—tanx
®. R. ®. R\{1+k1|kez}.
4 2
©. R\{£+kﬂ|kez}. @. R\{f+k1,f+m|kez}.
2 4 272

St-bs: FB: Duong Hung - Lién hé Word xinh Zalo: 077/,860155 11



Tai liéu giang day, hoc tap Lép 11 nam 2021— FB Duong Hung

3+cotE
Cau 15: Tap x4ac dinh clia hAm s6 y =—= la:
cosx+1
®. R\{kz|keZ}. ®. R\{k2r|k e Z}.
©. R\{z +k2x|k e Z}. . R\{%+k2ﬂ|keZ}.
Cau 16: Cho cac ham sb
. tan x + 3 2cosx—1
| —sin3x. (2 LR NG _2cosx—1
() ymsinse (@) e g,

sin® x+1

(4)  y=+l-sinx. (5) y:‘/w.
sinx+1

Trong ciac ham s6 trén c6 bao nhiéu ham s6 c¢6 tap xac dinh 1a R

@. 4. ®. 1. ©. 3. ®. 2
Cau 17: Tap xac dinh ciia ham s6 y=25%=2 15
1+sinx
®. R\{kz|keZ}. ®. R\{—%JrkmkeZ}.
©. R\{k2z|keZ}. O. R\{—%+k27z|keZ}.

N

. 1
Cau 18: Tap xéc dinh cla ham 86 y=——= 1a
' ' Vsinx +1

®. R\{%Jrk?ﬂ,keZ}. ®. R\{—%+k2ﬂ',k€Z}.

©. R\{—%Jrkﬁ,keZ}. ®. R.
Cau 19: Tap xéc dinh clia hAm s6 y = s'1nx+1 1a

sinx —2

@. (—2;+oo) ®. (2;+oo) ©. R\{2}. ®. Rr.

Cau 20: Ham sb yzmxéc dinh khi
1—-cosx
@. x¢%+k27z. ®. x#kr. ©. x#k2r. ®. xi%-f-kﬂ'

Cau 21: Trong cdc ménh dé sau, ménh dé nao dang?

@. Cachamsb y =sinx,y=cosx,y =cotx déu la ham sb chin.

®. Céac ham sb y =sinx, y =cotx, y = tanx déu la ham s6 1é.

©. Cac ham sb6 y =sinx, y =cotx,y = tanx déu la ham s6 chén.

®. Cachamsb y =sinx,y =cosx,y =cotx déu la ham s 1é.
Cau 22: Ham s6 nao sau day 1a ham s6 chin?

@. y=cot4x. ®. y=tanbx. ©. y=sin2x. O. Y =COSX.
Cau 23: Trong cac ham s sau day, ham s6 ndo c6 do thi déi xing qua truc tung?

@. y=tanx. ®. y=COSX. ©. y=sinx. O. y=cotx.
Cau 24: Trong cac ham s sau, ham s6 nao 14 ham s6 chin?

@. y=cosx. ®. y=tanx. ©. y=sinx. ®. y=cotx.
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Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Trong cac ham s6 sau, ham s6 nao 1a ham s6 167
®. y=1+sinx. ®. y=xtanx. ©. y=sin’x. ®. y=cosx.sin’ x.

Ham s6 nao sau day 1a ham s6 chin?
®. y=-2sinx. ®. y=2sin2x. ©. y=sinx—cosx. @. y=—2cosx

Trong cAc ham s6 sau, ham s6 nao 14 ham sé chén trén R ?

®. y=sin(%—xj. ®. y=tanx. ©. y=sinx. ®. y=sin[x+%j.

Cho ham s6 y = . Phat biéu nao sau day dang?

cos X

®. Ham s6 ¢6 tap xéc dinh 1a R\{0}.

®. Db thi ctia ham s6 nhan truc tung lam truc dbi xing,.
©. Ham s6 d6 13 ham s6 18 trén D = R\{%+k7r,k € Z} )
®©. Ham sb6 d6 13 ham s61é tren R .

Trong cac ham s6 sau, ham s6 nao 1a ham s6 167

@. y=x"cosx. ®. y=sin2x. ©. y=sin’x. ®. y=cos2x.
Trong cac ham s6 sau, ham s6 nao khong 1a ham sé chén va ciing khong 14 ham s6 187
®. y=sin x+Z [+tan| x+ 2 |. ®. y=tanx-— .1 .

4 4 sin x
©. y=sin*x—cos’x. ©. y=cosx.

Ham s6 ndo sau day 13 ham s6 chin.
@. y=cotx. ®. y=sinx. ©. y=tanx. O. y=COSX.

Trong ciac ham s6 sau, ham s6 nao 1a ham chin?

@. y=cos(x+%). ®. y=|sinx|. ©. y=1-sinx. @. y=sinx+cosx.

Trong ciac ham s6 sau, ham s6 nao 1a ham s6 chén?
@®. y=tanx. ®. y=sinx. ©. y=cosx. ®. y=cotx.

Ham s6 ndo sau day 1a ham s6 tuan hoan véi chu ky 7 =77
@. y=sinx. ®. y=2sinx. ©. y=sin2x. ®. y=2+sinx.

N 4 s ~ N N P N T
Ham s6 nao sau day tuan hoan véi chu ki 7 = By ?

@. y=tan§. ®. y=tan§. ©. y=tan3x. @. y=tan2x.

Chon khing dinh sai?

@. Ham s6 y = tan x +sin x 14 ham sb tudn hoan véi chu ki 27.
®. Ham sb y =cosx 1a ham sb tuan hoan véi chu ki 27.

©. Ham s6 y = cot x+tanx 1a ham s6 tudn hoan véi chu ki 7.

®. Ham s6 y =sinx 13 ham sb tudn hoan véi chu ki 7.
Chu ky tuan hoan ctia ham s6 y = cot(3x+%} 1a

®. 7. ®. 2?” ©. ®. 27.

@[y

Khing dinh nao sau day dang?
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®. Ham s6 y =sinx tudn hoan véi chu ki 7.
®. Ham sé y =tanx tuin hoan véi chu ki 27 .
r

©. Ham sb y =cosx tuan hoan véi chu ki R

®. Ham s6 y =cotx tudn hoan véi chu ki 7.
Cau 39: Trong bén ham s6: (1) y =cos2x; (2)y =sinx;(3) y=tan2x;(4)y =cot4x c6 may ham sb
tuan hoan véi chu ky z?

®. 3. ®. 2. ©. 0. ®. 1.

Cau 40: Khang dinh nao sai trong cac khing dinh sau?

@. y =cosx tudn hoan véi chu ky 7. ®. y = cosx la ham nghich bién tren (0;7).
©. y =cosx la ham chin. ©. y =cosx cb tap xac dinh R.
A \ oz 1 1 . .
Cau 41: Ham so y= —+ >— c6 chu ki la:
I4+tan"x 14cot”2x
@ r=1. ®. T =2r, © T=m. ©. T =4,
2
Cau 42: Chu ki tuan hoan ctia ham s6 y =cotx la
@. r. ®. 2r. ©. kr,(keZ). ®. k27, (keZ).
Cau 43: Chu ky tuan hoan cia ham s6 y =tanx 1a
@. 27 ®. n ©. % ®. 37

Cau 44: Chu k¥ tuan hoan ctia ham s6 y =cosx

@.T:%. ®. 7=1. ©.7=2. ®. T=2r.

Cau 45: Gi4 tri nhé nhat va gia tri 16n nhat cia ham s6 y =3cos2x—5 lan lugt 1a
@. -8 va-2. ®. 2 vasg. ©. -5 va3. ©. -5 va2.

Cau 46: Gi4 tri nho nhat va gia tri 16n nhat clia ham s6 y =7 —2sin(x +%) lan luct 1a

@. 4va7. ®. 5 va 9. ©. 2va7. ©. 2va2.
Cau 47: Tim tap gia tri cia hAm s6 y =2cos3x+1.

®. [-31]. ®. [-3;-1]. ©. [-13]. @. [13].
Cau 48: Tdng gia tri l6n nhat va nhé nhat ciia ham s6 y =3cosx+4 la

®. 7. ®. 5. ©. 8. ©. 6.

Cau 49: Gi4 tri nho nhat ctia ham s6: y = BSin(x +%) 1a:

®. 0. ®. -3. ©. 3. @. -1.
Cau 50: Ham s6 y =sinx co tap gia tri la:

®. R. ®. [-11]. ©. [-m;7]. @. [0;7]
Cau 51: Gi4 tri 16n nhat clia ham s6 y =2sinx+1 1a

®. 1. ®. 1. ©. . ®. 3.

Cau 52: Gi4 tri nho nhat va gia tri 16n nhat ctia ham s6 y =4+/sinx +3 —1 lan lugt 13
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Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

®. 2 va2. ®. 42 va 8. ©.2va4. @. 42-1va 7.
Gié tri 16n nhét, gia tri nhé nhéit cia ham s6 y =2 —cos’ x 1a
®. 2 va —1. ®. 2 va0. ©. 2 val. ©. 3 val.

Cho ham s6 y =sinx trén doan _377[,57”} c6 do thi nhu hinh vé. Tim nhing gia tri x dé

ham s6 nhan gia tri am.

®. (-m0);(m;27).  ®. (0;7). ©. (m27). . (%;27[).

Gia tri 16n nhat, nhd nhat ciia ham sé y =3—-2cos” x lan lugt 1a
®' ymaxzsﬂyminzl' ' ymaleﬂymin:_l'©' ymax:?”ymin:l' @ ymax:59ymin:_1'

Tim gi4 tri 16n nhat M ctia ham sd y=2cosx—sinx.

@.Mz\gl. ®. M=+5. ©. M=3. ©. M =+6.

Goi M va m lan lugt 1a gia tri 16n nhat va gia tri nhé nhat ctia ham s6 y = V2 cos2x -1

trén doan {—%,%} khi d6 M .m bing
®. -1. ®. 2-22. ©. 2-2. ®. 2v2-2.
Gi4 tri nho nhat va gia tri 16n nhat ctia ham sd y = 4+/sinx+3 -1 lan lugt 1
®. 42-1va 7. ®. 442 va 8. ©.2va4. @. V2 va2.
Tap gia tri hAm s6 y =5sinx—12cosx 1a
®. [-125]. ®. [-13;13]. ©. [-17;17]. @. (-13;13).
Ham sb y=4—11cos’ x c6 tit cd bao nhieu gia tri nguyen duong?
®@. 15.. ®. 14. ©. 13. ©. 23.
Gia tri 16n nhat ctia ham sd y =5sin2x+12cos2x 1a
®. 10. ®. 12. ©. 17. @. 13.
Do thi trong hinh vé dué6i day 1a ctia ham s6 nao?
A

@. y=cotx. ®. y=sin2x. ©. y=sinx. ®. y=cos2x.

Cho d6 thivéi x e [—72';71'] . Day 1a do thi ctia ham s6 ctia ham s6 nao?
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Cau 64:

Cau 65:

Cau 66:

Cau 67:

F N y

@. y=CcosXx. ®. y=-cosx. ©. y=sinx. @. y=cos|x|.

X : 2 N A . ~ S A PN 2 ~ . 1
Duya vao do thi cia ham so6 y =sinx, hay tim s6 nghiém ctia phuong trinh: sinx = 3018

trén doan {_
2

®. 4. ®. 6. ©. 10. ®. 5.

Hinh bén 13 mot phan do thi cia ham s6 nao sau day?

/Pi ________ - .
3 I

0 3r O 3r °
4 4
@. y:cos23—x. ®. y:sin%. ©. y:coss?x O. y:sin37x.

Dudng cong trong hinh duéi day 1a do thi cia mot ham s6 trong bon ham s6 dugce liet ké &
bén phuong an A, B, C, D

Yk

Hoi ham s6 d6 1a ham sé nao?

. .2 2
@. yzsm:%x. ®. y=s1n?x. ©. y=c0s37x. @. y=cos?x.

Tim ménh dé sai trong cac ménh dé sau.
®. Ham s6 y =cosx tuan hoan vé6i chu ki 27 .

®. Ham sé y =sinx nghich bién trén khoang (%,7[)

©. Ham s6 y = cotx ddng bién trén khodng (%,7[)
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®. Ham s6 y =tanx tuan hoan véichu ki 7.

Cau 68: Ham sb y =tanx dong bién trén khodng ndo dudi day?
®. (0;7). ®. _3_”;_£ . ©. —3—”;Z . ®. (2m;-7).
2 2 2 2
Cau 69: Tim ménh dé ding trong cdc ménh dé sau?
®. Ham s y=cotx dong bién tréen khoang (0;7).
®. Ham s6 y =sinx dong bién trén khoang (37”,57”] .
©. Ham s6 y =sinx nghich bién trén khoang (7;27).
®. Ham s6 y =cosx ddng bién trén khoang (—%,%) )
Cau 70: Cho ham s6 y =sin x . Khing dinh nao dudi day sai?
®. Ham s6 da cho 1a ham 18. ®. Ham sb da cho c6 tap gia tri 1a [—1;1] .
©. Ham s6 da cho ddng bién trén (0; 27[) . ®. Ham s6 da cho ¢6 tap xac dinh R.
Cau 71: Cho ba ham s6 y=sinx; y=cosx ; y =tanx . C6 bao nhiéu ham s6 dong bién trén (0;37”]
?
®. 1. ®. 3. ©. 0. @. 2.
Huéng dan giai bai tap tric nghiém
N e S L 1-2x
Cau 1: Tim tap xac dinh cia ham s6 y =— .
sin 2x
®. D=R\{kz,keZ}. ®. D:R\{%+k27r,k27z,keZ}.
©. D:R\{%Hm,keZ}. ®. D:R\{k%,kez}.
Loi giai
Ham s6 xac dinh < sin2x#0< x # k%.
R z
Vay D =R\{k5,k € Z}.
~ NPT AN 2 3
Cau 2: Tim tap xac dinh ctia hAm so y =
cosx+1
®, D=R\{%+k2ﬂ,keZ}. ®. D=R\{k27,keZ}.
©. D=R\{z+k2r,keZ}. @. D=R\{r+kn,keZ}.
Loi giai
Dicu kién cosx+1#0=cosx#= -l x#r+k2n,keZ
Suy ra tap xac dinh D = R\{ﬂ' +k2r,k e Z} .
Cau 3: Tap xac dinh clia ham s6 y =+/sinx—1 1a
®. R. ®. {kx|kez).  ©. {§+k27z|kez}.®. {%+kﬂ|keZ}.
Loi giai
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Cau 4:

Cau 5:

Cau 6:

Diéu kién: sinx—1>0<sinx>1< sinx =1

<:>x=%+k27r,keZ.

Tap xac dinh D = {%%2” ke Z}

1

\/l—sinx'

Tim tap xac dinh D ciaham s6 y =

®. D=R\{k27,keZ}. ®. D=R\{zr+k2n,keZ}.

©. D:R\{%+k2ﬂ,keZ}. @. D:R\{—§+k27z,keZ}.
Li giai

y=——1 yécdinh khi I—sinx >0,

v1-sinx

C6 -1<sinx<1,VxeR = 1-sinx>0 VxeR.

Do d6 1-sinx>0 <:>1—sinx¢0<:>sinx¢1<:>x¢§+k27z, kel.

Vay D:R\{%+k27z,keZ}.

Tap xac dinh D ctia ham s6 y = tan3x 1a

®. DzR\{k—”,keZ}. ®. D:R\{£+ k—”,kez}.
3 6 3
©. D=R\{kz,keZ}. O. D:R\{%Hm,kez}.
Li giai

Diéu kién: cos3x# 0<:>3x;t%+/’c7r<:>x;t%+l%r (keZ).

Tap xéc dinh: D:R\{%+ %”,k ez}.

2 t.
Tim tap xac dinh ciia ham s y = .anx .
sinx—1
@. R.
®. ]R\{%+k27z,keZ}.
©. ]R\{%Jrkﬂ,keZ}.
@. R\{kr,keZ}.
Lai giai
x¢£+kﬂ'
. . cosx#0
Ham s6 xac dinh <:>{ ) (keZ)
sinx #1 T
X¢E+k2ﬂ'

St-bs: FB: Duong Hung - Lién hé Word xinh Zalo: 077/,860155 18



Tai liéu giang day, hoc tap Lép 11 nam 2021— FB Duong Hung

Vay tap xac dinh cia ham s6 1a: D = R\{%-f-k?l’,k € Z}.

Cau 7: Tap xac dinh ctia ham s6 y=tan(2x+%j la
@. R\{ +kr, keZ}
®. R\{—”+k—” ke Z}.
©. ]R\{76[+k7r keZ}
T kr
©. R\ {=+—,keZ
Loi giai
Diéu kién: cos 2x+ X ¢0<:>2x+£¢£+kir<:>x¢£+k—ﬁ, keZ.
6 6 2 6 2
e a 7 kr
Do do tap xac dinh DZR\{6+7 keZ}
Cau 8 Tim tap xac dinh ctia ham s6 y =+/1-cosx +cotx.
®. R\{kr,keZ}.
®. (—oo;l].
©. R\{2+k7z keZ}
@©. [-1;1]\{0}.
Loi giai
. . l1-cosx=>0 cosx <1
Ham so0 xac dinh <4 Sxzkn,kel.
sinx #0 x+kx
Tap xac dinh ctia ham sb D=R\{k7r, keZ}.
Cau 9: Hamso y= smx.—l c6 tap xac dinh 13
3+sinx
@. R\{ +k27r|keZ}
®. R.
©. z.
@. {%+k2ﬂ|keZ}.
Lai giai
+) Ta co: sinx—1<0,VxeRva 3+sinx>2>0,VxeR
+) Nén ham s6 xéc dinh khi va chi khi sinx—1=0<:>x=%+k27r,keZ.
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. /1+
Cau 10: Tim tap xac dinh ctia ham so y = 09sx .
1—sinx

®. R\{kr|keZ}.
®. R\{%+k27r|keZ}.

©. r.
®©. R\{k27|keZ}.

Loi giai
1+cosx>0

Ham s6 xac dinh < { 1-sinx <:>sinx¢1<:>x¢%+k27r (keZ).
l1-sinx#0

Vay tap xac dinh cia ham s6 1a: R \{%+k2ﬂ' |k e Z}.

Cau 11: Tap xéc dinh clia hAm s6 y = cotxr 1y
cosx—1
®. R\{k%,kez}. ®. R\{%Jrkn,keZ}.
©. R\{kr,keZ}. ©. R\{k27,keZ}.

Loi giai
sinx#0 {x +km

Diéu kién xac dinh ctia ham s6 1a
x=12x

cosx =1

Vay, tap xac dinh ctia ham s6 y = cotxr 1y R\{kﬂ',k € Z} )
cosx—1
Cau 12: Tap xdc dinh ctia ham s6 f(x)= ! 1a
I-cosx
®. R\{(2k+l)%|kez}. ®. R\{(2k+1)z|keZ}.
©. R\{kr|kez}. ®. R\{k2r|keZ}.
L&i giai

Diéu kién: 1-cosx#0 <= cosx#l <> x#k2r,keZ.
Vay tap xac dinh cia ham s6 1a: D = R\{k2ﬂ|k € Z}.

1
Cawu 13: Tim tap xac dinh D ctia ham s6 V= S
sin(x—j

®. D=R\{(2k+ )7,k e Z} ®. D:R\{%”,kez}
©. D:R\{(2k+1)§,keZ} ©. D=R\{kr,keZ}
Loi giai

(k,leZ) = x#knkel.
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Cau 14:

Cau 15:

Cau 16:

1

Hamsd y=—7—<
) Vid

sin| x——

( 2)

x4c dinh khi sin(x—%}iO@x—%ikﬂ<:>x¢§+kﬂ<:>x¢(l+2k)%,keZ.

tan 2x

Ham s6 y= c6 tap xac dinh 1a

1-tanx

®. R. ®. R\{£+k£|kez}.
4 "2
©. R\{£+kﬂ|keZ}. @. R\{£+k£,£+k7r|kez}.
2 4 "2

Loi giai
T T
X#—+k—
cos2x #0 4 el
N Z . . T
Ham s0 xdc dinh < <cosx#0 < x¢5+kﬂ =

T
tanx =1 x#—+kn
V4
x#*—+kr
4

X
3+cot—

Tap xac dinh ctia ham s6 y =—= 1a:
cosx+1

®. R\{kr|keZ}. ®. R\{k27|k e Z}.

©. R\{z+k2z|k e Z}. . R\{%+k27z|keZ}.

Lai giai

Diéu kién:

sinistO E;tkiz {x¢k27r
2 12 & Sx#zkn, kel.

x#x+k2x
cosx #=—1 xzn+k2x

Vay D=R\{kz|k e Z}.

Cho cac ham sb

tanx+3 2cosx—1
1 =sin3x. (2 =— (3 =
() yesinde (2) y=mES ()

(4)  y=+l-sinx.(5) y:‘/w.
sinx+1

Trong céc ham s6 trén c6 bao nhiéu ham s6 c¢6 tap xac dinh 1a R

®. 4. ®. 1. ©. 3. ®. 2

Lai giai

y=—"—-.
sin® x+1

(1) y=sin3x c6 D=R.

tanx+3 cosx#0
(2 y=—F—

2

c6 diéu kien 1a
cos“x+2#0

=— <:>x¢£+k7r,(keZ).
cos” x+2 2
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(3) _2eosx—l bR,

sin® x+1

(4)  y=+l-sinx co dieukiénla sinx <1 luon ding VxeR.
2cosx+3
2 . 77 >0 _
(5) yz,/M c6 dieu kién 1a | sinx+1 <:>x;t—7r+k27z, (keZ).
sinx+1 . 2
sinx+1#0

Vay cic ham s6 (1),(3),(4) c6 tap xac dinh 1a R .

/ -2
Cau 17: Tap xéc dinh ctia ham s y = > 2 13
I+sinx
®. R\{kz|keZ}. ®. R\{—%+k7z|keZ}.
©. R\{k2z|keZ}. ®. R\{—%+k2ﬂ|keZ}.
Lai giai

Diéu kien: 1+sinx¢O<:>sinx¢—1<:>x¢—%+k27r(keZ).
Vay tap xac dinh clia ham s6 1a D:R\{—§+k27r|ke Z}.

. 1
Cau 18: Tap xéc dinh cia ham 86 y =——= 1a
' ' Vsinx +1

®. R\{%—F/ﬂﬂ,keZ}. ®. R\{—%+k27r,keZ}.
©. R\{—%+k7r,keZ}. @. R.
Loi giai
Ham s6 y=; xéc dinh khi: sinx +1>0 <> sinx +1#0 < x# -+ k27
sinx +1 2

TXD: D:R\{—%+k2ﬂ,keZ}.

Cau 19: Tap xéac dinh clia ham s6 y = s'inx+1 1a
sinx —2
®. (=2;+) ®. (2;+00) ©. R\{2}. ®. Rr.

Loi giai
Tacoé —1<sinx <1, VxeR. Do d6 sinx—2#0, VxeR. Vay tap xac dinh D=R

Cau 20: Ham s6 y= 2521 4c dinh khi
1—cosx

®. x¢§+k27r. ®. xzkr. ©. xzk2r. ®. x¢%+k7z
Loi giai
Ham s6 xac dinh khi va chi khi 1-cosx#0 < cosx#1 < x# k27 Vi ke Z.

Cau 21: Trong cac ménh dé sau, ménh dé nao dtng?
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Cau 22:

Cau 23:

Cau 24:

Cau 25:

@. Cachamsb y =sinx,y=cosx,y =cotx déu la ham s6 chin.

®. Cac ham sb6 y =sinx, y =cotx, y = tanx déu la ham s6 1&.

©. Cac ham sb6 y =sinx, y =cotx,y = tanx déu la ham s6 chén.

®. Cachamsb y =sinx,y=cosx,y =cotx déu la ham sb 1é.
Loi giai

Cac ham s6 y =sinx,y =cotx,y =tanx déu la ham sb 1é.

Ham s6 nao sau day 1a ham s6 chn?

@. y=cotdx. ®. y=tanbx. ©. y=sin2x. ®. Y =COSX.

Lai giai
Ham s6 y = cos x c6 tap xac dinhD=R.
Taco VxeD=>—-xeD.
Va y(-x)=cos(—x)=cosx=y(x).
Vay ham sb y =cosx 13 ham s chén.

Trong ciac ham s6 sau day, ham s6 nao c6 do thi ddi xing qua truc tung?

@. y=tanx. ®. y=cosx. ©. y=sinx. @. y=cotx.

Lai giai

D6 thi ham s6 chdn nhan truc tung lam truc déi xitng. Nén ham s6 y = cosx ¢6 do thi déi

x1tng qua truc tung.

Trong cic ham s6 sau, ham s6 nao 1a ham s6 chén?

®. y=cosx. ®. y=tanx. ©. y=sinx. ®. y=cotx.

Lai giai

Ham s6 y =cosx c6 tap xac dinh 1a R va cos(—x) =cosx VxeR = y=cosx 1a ham s

chén.
Ham s6 y=sinx, y=tanx, y=cotx la ham sb 1é.

Trong céc ham s6 sau, ham s6 nao 13 ham s6 18?7

@. y=1+sinx. ®. y=xtanx. ©. y=sin’x. ®. y=cosx.sin’x.

Loi giai
Xét hamsd y = f(x)=sin’x c6 tap xdc dinh D=R.
Ta c6 {VxeR:—xeR
f(=x)=sin’ (—x)=—sin’ x =—f(x)
Vay ham s6 y =sin’ x 13 ham s6 18.

Xét ham s y=f(x)=l+sinx c6 tap xac dinh D=R.

T /{VxeR:—xeR {f(—x)if(x)
acod

f(—x)=1+sin(—x)=1—sinx’ f(—x);t—f(x)

Vay ham s6 y =1+sinx 13 ham s6 khong chin, khong 18.
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Cau 26:

Cau 27:

Cau 28:

Xét ham s6 yzf(x)zx.tanx ¢6 tap xac dinh D:R\{%+k7z, keZ}.

Ta cé VxeD=>-xeD
“O0 £ (~x) = (~x)tan (~x) = x.tanx = £(x)’
Vay ham s6 y = x.tan x 13 ham s6 chén.
Xét ham s6 y = f(x)=cosx.sin’ x ¢6 tap xdc dinh D=R.
T o VxeR=-xeR
aeo f(=x)=rcos(—x)sin* (—x) =cos xsin’ x = f(x)
Vay ham s6 y =cosx.sin’ x 1a ham s6 chin.
Ham s6 nao sau day 1a ham s6 chn?
®. y=-2sinx. ®. y=2sin2x. ©. y=sinx—cosx. ©. y=-2cosx
Loi giai
Nhan xét, ca 4 dap an déu c6 tap xac dinh 1a D =R 1 tap doi xiing.
Dap an ®. f(x)=-2sinx, f(-x)=-2sin(-x)=2sinx
= f(—x)=—f(x). Vay y=-2sinx la ham so 1é.
-bap an
®. f(x)=2sin2x, f(-x)=2sin(-2x)=-2sin2x
= f(—x)=—f(x). Vay y=2sin2x 1a ham so 1é.
-Dap an
©. f(x)=sinx—cosx, f(-x)=sin(—x)—cos(—x)=—sinx—cosx
= f(x) # f(—x) .Vay y=sinx—cosx la ham s6 khong chin khong 18.
-Dap an
®@. f(x)=-2cosx, f(-x)=-2cos(—x)=-2cos(x)
= f(x)=f(-x). Vay y=-2cosx la ham sb chin.
Trong cic ham s6 sau, ham s6 nao 1a ham s6 chén trén R ?
@. y=sin(%—xj. ®. y=tanx. ©. y=sinx. ®. y=sin(x+%j.

Lai giai

(7 PR
y=sm[5—xj=cosx la ham s6 chan trén R.

Cho ham s6 y = . Phét biéu nao sau day dang?

cos X
@. Ham s6 ¢6 tap xac dinh 1a R\ {0} .

®. Db thi ctia ham s6 nhan truc tung lam truc déi xing.

©. Ham s6 d6 13 ham s6 18 tren D:R\{%+k7r,keZ}.
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Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

®. Ham s6 d6 1a ham s6 1é tren R .
Loi giai

1
cosx

Ham s6 y= 13 ham s6 ch&n nén do thi ctia n6é nhan tung lam truc déi xing.

Trong cic ham s6 sau, ham s6 nao 14 ham s6 187

®. y=x"cosx. ®. y=sin2x. ©. y=sin’x. ©. y=cos2x.
Loi giai

Ham s6 y =sin2x 1a ham s6 16 vi:

Ham s6 c6 tap xac dinh 1a R nén Vxe R=>-xeR va

y(—x) =sin2(—x)=—sin2x=—y(x).

Trong cac ham s6 sau, ham s6 nao khong 1a ham s6 chén va ciing khong 14 ham s6 187

@. y:sin(x+zj+tan(x+zj. ®. y=tanx— .1 .

4 4 sin x
©. y=sin*x—cos’x. ©. y=cosx.

Lai giai
Ta co
y:sin(x+£j+tan(x+£j D= \{£+k7z;ke¢}
Xét ham s6 4 4 , tap xac dinh 4
~ZeD Ze¢D

R6 rang D khong la tap déi xtng, chdng han 4 nhung

Nén ham nay khong 13 ham s6 chén ciing khong 13 ham s6 1é.

Ham s6 ndo sau day 13 ham s6 chin.

@. y=cotx. ®. y=sinx. ©. y=tanx. O. Y =COSX.
Loi giai

Ham s6 y =cosx 1a ham s6 chin.

Ham s6 y=tanx; y=cotx ; y =sinx la ham s6 1é.

Trong ciac ham s6 sau, ham s6 nao 1a ham chin?

@. y:cos(x+%j. ®. y=|sinx|. ©. y=1-sinx. ©. y=sinx+cosx
Loi giai

TXD:

Ve =-x¢€
Va y(—x)= ‘sin(—x)‘ :|—sinx‘ :‘sinx‘ = y(x)
Vay ham s6 trén 14 ham s6 chin

Trong ciac ham s6 sau, ham s6 nao 1a ham s6 chin?
@. y=tanx. ®. y=sinx. ©. y=cosx. ®. y=cotx.
Loi giai

Ham s6 y=tanx, y=sinx, y=cotx la cic ham s Ié.
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Cau 34:

Cau 35:

Cau 36:

Cau 37:

Ham s6 y = cosx 1a ham s6 chén

Ham s6 nao sau day 1a ham s6 tuan hoan véi chu ky 7 =77

@. y=sinx. ®. y=2sinx. ©. y=sin2x. ®. y=2+sinx.
Loi giai

Xét ham s6 y =sin2x ta co:

y(x+7r) = sin[2(x+7z)} = sin(2x+27r) =sin2x = y(x), vxelR

Do d6 ham s6 y =sin2x tuan hoan véi chuky T'=7.

N A N ~ X N P ~ T
Ham s6 nao sau day tuan hoan véi chu ki 7 = By ?

@. y=tan§. ®. y=tang. ©. y=tan3x. ©. y=tan2x.
Loi giai

Ta c6: Him s6 y =tan2x c6 tap xac dinh la D:R\{%+k§}.

a) Vxe D taco x+%eD

b) y(x+%j:tan2(x+§j:tan(2x+7r):tan2x.

Giasttcosd6 0<T <% théa man cé hai tinh chit a) va b) sao cho: y(x+7)=y(x)

Véi x=0 tacod tan2T=tanO:>T=£+k7r

0<T<%:>0<%+k7r<1:>—%<k<%:>k=0:>T:% trai v6i dieu gia stt.

Suy ra T =% 12 s6 duong nhé nhét théa man ca hai tinh chat a) va b).

Vay ham s6 y =tan2x tuan hoan véichuki 7 = %

Chon khang dinh sai?
@. Ham s6 y =tanx+sinx 13 ham s6 tudn hoan véi chu ki 27.
®. Ham s6 y =cosx 13 ham s6 tuin hoan véi chu ki 27.
©. Ham s6 y = cotx+tanx 1a ham s6 tudn hoan véi chu ki 7.
®. Ham s6 y =sinx 13 ham sb tuan hoan véi chu ki 7.

Loi giai
Ham s6 y=sinx vd y=cosx tuan hoan véi chu ki 27.

Ham s6 y =tanx vd y =cotx tuan hoan véi chu ki 7.

Nén khang dinh sai 1a D.

Chu ky tuan hoan ctia ham s6 y = cot (3x+%) 1a
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Cau 38:

Cau 39:

Cau 40:

2r V4
®. z. ®. —. ©. =. ®@. 2r.
3 3
Lai giai
N A T P2 N X N N T
Ham s6 y =cot (3x+gj c6 chu ky tuan hoan la 3
Khing dinh nao sau day dang?
@. Ham s6 y =sinx tuan hoan véi chu ki 7.
®. Ham s6 y =tanx tudn hoan véi chu ki 27 .
. . T
©. Ham s6 y =cosx tudn hoan véi chu ki 3
®. Ham s6 y =cotx tudn hoan véi chu ki 7.
Lai giai

Ham s6 y=sinx va y=cosx tuan hoan véichuki 27 . Hum s6 y=tanx va y=cotx tuan
hoan véi chu ki .
Trong bon ham sb: (1) y =cos2x;(2)y =sinx;(3) y =tan2x;(4)y =cot4x c6 may ham sb
tuan hoan véi chu ky z?
®. 3. ®. 2. ©. 0. @. 1.

Loi giai
Ham s6 y = cos2x tuan hoan véi chuky 7.

Ham s6 y =sinx tuan hoan véi chu ky 27 .

Ham s6 y = tan2x tuan hoan véi chu ky %
Ham s6 y = cot4x tuan hoan véi chu ky %
Khing dinh nao sai trong cac khang dinh sau?
®. y =cosx tudn hoan véi chu ky 7. ®. y =cosx la ham nghich bién trén (O; 7[) .
©. y =cosx 1a ham chén. ®. y =cosx cOtap xac dinh R.
Loi giai

Viham s6 y = cosx tuan hoan véi chu ky 27 .

Cau 41:

. 1 1
Hamso y= —+ > c6 chu ki la:
l1+tan"x 1+cot™2x
@.T:%. ®. T =2~, ©. T=m. ®@. T'=4r.
Loi giai
Ta co:

1 1 ) 1 2 1—cos4
y= S . — cosx | sin®2x = +cos2x cos4x
I+tan“x 14cot”2x 2 2

-1
:—cos4x+lcos2x—|—1
2 2

) 2 . 2
Do ham so y, = cos4x c6 chu ki ﬂz%z%,hamsé ¥, =co0s2x c6 chu ki Ez%zw
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Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Vay ham sé dachoco chuki T =n

Chu ki tuan hoan ctia ham s6 y = cotx 1a

®@. r. ®. 27. ©. kr,(keZ). ®. k27, (keZ).
Loi gii

Duia vao sach gidao khoa, T = 7 1& chu ki tuan hoan ctia ham s6 y =cotx.

Chu ky tuan hoan ctia ham s6 y =tanx la

®@. 27 ®. ©. % ®. 3z
Loi giai

Theo tinh chat ctia ham s6 y = tan x.

Chu k¥ tuan hoan ctia ham s6 y = cosx

®. 7= ®. T=7x. ©. 7-2. ®. T=2x.
Loi giai

Chon. ®

Ham s6 lugng gidc: y=cosx c6 chukyla 27 .

Gi4 tri nhé nhat va gia tri 16n nhat clia ham s6 y =3cos2x—35 lan lugt 1a

®. 8 va-2.®. 2 vag.©. _5 v23.@. -5 va2.
Loi giai

Ta co

—1<cos2x<1=-8<3cos2x-5< 28 y<-2
Vd
+/ y:_8<:>0052x:—lc>xzz+kﬂ-

+/ y="2cos2x=1x=krx

Vay gia tri nhé nhat va gia tri 16n nhat ctia ham s6 y =3cos2x—5 1an lugt 13 -8 va 2.

Gi4 tri nho nhat va gia tri 16n nhat clia ham s6 y =7 —2sin (x +%j lan lugt 1a
®. 4va7. ®. 5 vao9. ©. 2va7. @. 2va2.
Loi giai

Ta c6: —ISSin(x+%jS1<:>—2S—2sin[x+%j§2<:>5£7—2sin[x+%)£9

Tt d6 ta c6 gia tri nhé nhat va gia tri 16n nhat ciia ham s6 da cho lan lugt 1 5va 9.
Tim tap gia tri clia hAm s6 y =2cos3x +1.
®. [-31]. ®. [-3;-1]. ©. [-13]. @. [13].
Loi giai
Tapxacdinh: D=R.
Tacoé: —1<cos3x<1< —-1<2co83x+1<3 < -1<y<3.

Ma ham s6 da cho lién tuc tréen D=R.

Vay tap gia tri ctia ham s6 1a [—1;3] )
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Cau 48: Tdng gia tri l6n nhat va nhé nhat ciia ham sé6 y =3cosx+4 la

Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

®. 7. ®. 5. ©. 3.

Loi giai
Do —1<cosx<1VxeR nén 1<3cosx+4<7, VxeR.

Neén mﬂgxy=7 dat dugc khi cosx=1< x=k27 (keZ).

mRinyzl dat dugc khi cosx=-1< x=r+k2z (k€Z).

Suy ra mﬂgxy+mﬂgny=8.

Gi4 tri nho nhat ctia ham s6: y = 3sin(x +%) la:

®. 0. ®. -3. ©. 3.
Loi giai

Ta co: —1£sin(x+%)£l:—3£3sin(x+%)£3

Vay gia tri nho nhat clia ham s6 y =3 sin(x + %) la -3

Ham s6 y =sinx c6 tap gia tri la:

®. R. ®. [-11]. ©. [-m;x].
Loi giai

Ham s6 y =sinx c6 tap gid tri trong doan [—l;l]

Gia tri 16n nhat ctia ham s6 y =2sinx+1 1a

®. 1. ®. 1. ©. —%.

Loi giai
Visinx<l,VxeR nén y=2sinx+1<3, VxeR.

y=3 khi sinx:1<:>x=§+k27r, (keZ).

Vay gi4 tri 16n nhat ctia hAm s6 y =2sinx+11a 3.

®. 6.

®. [0;7]

Gi4 tri nho nhat va gia tri 16n nhat ctia ham s6 y =4+/sinx +3 —1 1an lugt 1

®. 2 va2. ®. 442 va 8. ©. 2 va 4.

Lai giai

Dit sinx=¢t = -1<¢<1.Xét hams6 y=4VJt+3-1c6 y' =

Do d6 r[r_lgly](y:y(l)=7; r[{lli;ﬂyzy(—l)=4\/§—1.

Gia tri 16n nhét, gia tri nhé nhét ciia ham s6 y =2 —cos’ x 1a

®. 2 va —1. ®.2va0. ©.2val.
Loi giai

VxeR,0<cos’x<le> —1<—cos’x<0&< 1<y<2

©. 4/2-1va 7.

2 3 >0Vte[-11]

®@. 3 val.
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Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cho ham s6 y=sinx trén doan _37”,57”} c6 do thi nhu hinh vé. Tim nhing gia tri x dé

ham s6 nhan gia tri am.

3T i
] E NG
————————— l —
®. (-7;0);(m;27). @, (0;7). ©. (m27). ®. (37”;27[).
Lai giai

Trén cac khoang (—7;0);(7;27) d6 thi ham s6 ndm phfa duéi truc hoanh nén ham s6

nhan gia tri am.

Gia tri 16n nhat, nhé nhat ciia ham sé6 y =3—2cos” x lan luct 1a

®' ymaxzs’yminzl‘ ' ymaleﬁyminz_l'©' ymax:3’ymin:1' @ ymaxzs’ymin:_l‘
Loi giai

Tacod 0<cos’x<l<>-2<2cos’x<0<=1<3-2cos* x<3.
Vay ymax :3’ymin :1‘

Tim gi4 tri 16n nhat M cta ham sé y=2cosx—sinx.
@.M:\/g. ®. M=+5. ©. M=+3. ®©. M=+6.
Loi gii

Ta co: y:2cosx—sinx=\/g(icosx—Lsinszx/gcos()Ha) véi géc a €[0;27] thda

VAR -

i 2 .
man CoSa =—=.SIna =—F——.
NG J5
Do dé: y<+/5 hay gié tri 16n nhét ctia ham s6 14 M =+/5 khi
cos(x+a)=lex=—a+k2r,(kel).

Goi M va m lan lugt 1a gia tri 16n nhat va gia tri nho nhat ctia ham s6 y = J2 cos2x—1

trén doan [—%,%} .khi d6 M .m bang

®. -1. ®. 2-2\2. ©. 2-2. @. 242 -2.

Lai giai

V2

5 —1;m=—2:>M.m=2—\/5.
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Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Gi4 tri nho nhat va gia tri 16n nhat clia ham s6 y =4+/sinx+3 -1 lan lugt &
®. 42-1va7.  ®. 42 va 8. ©. 2 va 4. @. 2 va 2.

Loi giai
y=f(x)=4sinx+3.

C6 —1<sinx <1< 2<sinx+3<4 <2 <\sinx+3<2 & 42 -1<dfsinx+3-1<7.
Co 4x/sinx+3—1=4\/§—1<:>x:—§+k27r; 4x/sinx+3—1=7<:>x=§+k27r.

Vay min f(x)=4y2 -1, max / (x)=7.

Tap gia tri hAm s6 y =5sinx—12 cosx 1a
®. [-12;5]. ®. [-13;13]. ©. [-17;17]. @. (-13;13).

Lai giai

Ta co: y=5sinx—12 cosx:13'(551nx—12cosxj

13

=13.(sinasinx—cosa cosx)=—13cos(x+a)

P 5 12

( VOl Slna=—,cosa:_)
13

Lai c6: —1<cos(x+a)<l1<—-13<-13cos(x+a)<13
Vay tap gia tri ham s6 y =5sinx—12 cosx 1 [—13;13]

Ham s6 y=4-11cos’ x c6 tat cd bao nhiéu gia tri nguyén duong?
®. 15.. ®. 14. ©. 13. @. 23.

Lai giai
Taco: —1<cosx<1=>-1<cos’x<1=-11<-1lcos’ x<11=-7<4—1lcos’ x<15.
Suy ra cac gia tri nguyeén ctia ham sé y=4—11cos’ x la: S = {-7;-6;-5;....;0;1;2;...;15}.
Nén c6 tat cd 23 gia tri nguyen.

Gia tri 16n nhét ctia ham s y =5sin2x+12cos2x 1a

®. 10. ®. 12. ©. 17. ®. 13.
Loi giai
Cach 1
Ta co: M eR la gia tri 16n nhat ctia ham s6 y =5sin2x+12cos2x trén R néu Ix, € R sao
cho y(xo) =M va MZy(x) , VxeR.
Suy ra phuong trinh 5sin 2x+12cos2x = M phai ¢6 nghiém.
Phuong trinh 5sin2x+12cos2x =M co nghiém

SM* <57 +122=169=13* = -13< M <13.
Vay gia tri 16n nhat ctia ham s6 y =5sin2x+12cos2x bing 13.

D6 thi trong hinh vé duéi day 1a ctia ham sé nao?
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Cau 63:

Cau 64:

Cau 65:

®. y=cotx. ®. y=sin2x. ©. y=sinx. ®. y=cos2x.
Lo giai

Cho do thi véi x e [—7[;7[] . Day 1a do thi ctia ham s6 cia ham s6 nao?

Fy
y

®. y=cosx. ®. y=-cosx. ©. y=sinx. ®. y=cos|x|.
Lo giai
Cach 1: Tit hinh vé ta thay do6 thi ham s6 di qua cac diém (0;—1) va (7[; 1) . Thay cac diém
trén vao cac ham sb & cac phuong an thi chi c6 phuong 4an B théa man.
Céach 2: T hinh vé ta suy ra ham s6 dong bién trén doan [0;7]. Trong cac phuong én chi

¢6 ham s6 & phuong 4n B théa man.

X . 2 N A . ~ ~ A PN 2 ~ . 1
Dua vao do thi ctia ham s6 y =sinx , hay tim s0 nghiém cta phuong trinh: sin x = 5018

trén doan {_5—7[ ; 5—7[} .
2 2

Lai giai

Nhin do thi ta thay, duong thang y = 20118 cit do thi ham s6 y =sinx trén doan

{_577[,577[} tai 5 diém phan biét.

Hinh bén 13 mot phan do thi cia ham s6 nao sau day?
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Cau 66:

Cau 67:

Cau 68:

@. y=c0s§. ®. y=sin—x. ©. y=cos3—x O. y=sin3—x.
3 2 2
Lai giai
Quan sat do thi ham s6 di qua diém (%;Oj

. . 2
Suy ra do6 1a do thi ham s6 y = cos?X .

Duong cong trong hinh duéi day 1a do thi cia mot ham s6 trong bon ham s6 dugce liet ke &
bén phuong an A, B, C, ©.

Y&

Hoi ham s6 d6 1a ham sé nao?

@. yzsin%x. ®. yzsinz—?)x. ©. yzcos%. ®. yzcosz?x.

Loi giai
Ta thay do thi ham s6 da cho dbi xting qua truc Oy nén ham s6 can tim 13 ham s6 chén,
loai hai phuong 4n A va ®.
2(37)
3

Talai co y(37r) =1 ma cos = cos(27r) =1 cho neén ta chon phuong 4n ©.

Tim ménh dé sai trong cac ménh dé sau.
@. Ham sb y = cosx tudn hoan véi chu ki 27 .

®. Ham sé y =sinx nghich bién trén khoang (%;ﬂ'].

©. Ham sb y = cot x dong bién tren khoang (%;ﬂ'j.

®. Ham s6 y =tanx tudn hoan v6i chu ki 7.
Lo giai

Ham s6 y = cot x nghich bién trén khoang (%;ﬂ'j.

Ham s6 y = tanx dong bién trén khoang nao duéi day?

®. (0:7). ®. (_37”;_@. ©. (%’%} ®. (<2m-7).
Loi giai
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Cau 69:

Cau 70:

Cau 71:

Tap xac dinh: D= R\{%+ kr,k e Z} .

Ham s6 y=tanx dong bién trén khoang (—%+k7z;%+k7zj nén dong bién trén khodng

(5
27 2)

Tim ménh dé dang trong cac ménh dé sau?
@. Ham s6 y=cotx dong bién tren khoang (0;7).

®. Ham s6 y =sinx dong bién trén khoang (37”,577[] .

©. Ham sb y =sinx nghich bién trén khoang (7;27).

®. Ham s6 y =cosx dong bién trén khoang (—%,%] .
Loi giai

Ta co cac luu § sau:

* Ham s6 y = cot x nghich bién trén mdi khoang ma né xac dinh.

* Ham s6 y =sinx dong bién trén moi khodng (—% + k27r;%+ k27z} va nghich bién trén
. . 3

moi khoang (% +k2rm; Tﬂ + k27r) .

* Ham s6 y = cosx dong bién trén mdi khodng (-7 +k27;k27) va nghich bién trén mdi

khoang (k27r; T+ k27r) .

Cho ham s6 y =sin x . Khang dinh nao duéi day sai?

®. Ham s6 da cho la ham 1é. ®. Ham s6 da cho c6 tap gid tri la [-1;1].
©. Ham sb da cho dong bién tren (0;27).  ©. Ham s6 da cho ¢6 tap xac dinh R.
Lai giai

e Him s6 y =sinx c6 tap xdc dinh: D=R.
« Ham sb y =sinx c6 tap gia tri: T = [—l;l] )
Taco: VxeR=-xeR. Ma y(—x)=sin(—x)=—-sinx=—/(x).
Do d6 ham s6 y =sinx 1a ham 18.
. N 4 . N . P 3
* Ham sO0 y =sinx dong biéen trén khoang (—%,gj va nghich bién trén (%’Tﬂj .

Vay dap an C sal.

Z . P2 . N A X s A A~ 3
Cho ba ham s60 y=sinx; y=cosx ; y =tanx . C6 bao nhiéu ham s6 dong bien trén (O;Tﬂj

?

®. 1. ®. 3. ©. 0. ®. 2.

Lai giai
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Ham s6 y =sinx dong bién trén (0;%) va nghich bién trén (%’Tﬂj .
Ham s6 y = cosx nghich bién trén (O;%j .

N 2 . . T
Ham s6 y =tanx gian doan tai 3

Vay khong c6 ham s6 nao dong bién trén (0;37”] .

. Chuang 1: §@. PT LUONG GIAC CO BAN ?

Tém tit ly thuyét }

@.Phu’dng trinh sinx = a

° |a| > 1: PT vo nghiém

° |a| < 1: PT c6 cac nghiém
®. z = arcsina + k2r, k € Z;
@.x=n—arcsina + k2rn, ke Z

® Chu y:

o i o F(x)=g(x)+k2n
sinf(x) = sing(x) < [f(x)=n—g(x)+k2n(kez)

0 0
, . x = B° +k360
o sinx = sinf & ke?)
L =180°-B% +k360°

@ Cac truong hop ddc biét:
K
Osint=1<z=2 +k2n

T

Qsint=—1<z=—2 +kon
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(2} Phuong trinh cosx = a

° |a| > 1: PT v6 nghiém

. |a| < 1: PT co cdc nghiém

O.z = arccosa + k2n, k € Z;
@.x = —arccosa + kn, ke Z
@ Chi y:
e cosf(x) = cosg(z) < f(z) =+ g(x) + k2rn, ke Z
o cost=cosP’ v=+B+k360°, ke Z
@ Cdc truong hop ddc biét:
D.cosx =1 =k2n
@.costr=—1<z=n+kn

s

. Phuong trinh tanx = a

T

o DK:x#2 +kn (ke Z).
o PT conghiéem x = arctana + kn, ke Z;

@ Chi y:

o tanf(z) = tang(z) <f(x) = g(x) + kn, ke Z
o tanz=tanfl =4 +ki80° ke Z

@® Cdc truong hop dac biét:

T
Otanz=1<z=4%4 +kn

sla +
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O. Phuong trinh cotx = a

e DK:x# kn (ke Z).
o PT conghiém x = arccota + kn, ke Z;
@ Chi y:
e cotf(x) = cotg(x) < f(x) = g(x) + kn, ke Z
o cotz=cotpl z=L"+ki80° ke Z
@ Cdc truong hop ddac biét:

NG

Q.eotz=12=4% +kn
T

Q.cotr =—1=1=-% +kn

T

Phan dang bai tap }

(D. Dang 1: Phuong trinh sinx = a

XI. Bai tap minh hoa:

Cau 1: Tap nghiém ctia phuong trinh sinx =0 1a

®. S:{gmzﬂ,kez} ®. S={kr, kel
©. S={k2z, keZ}. ®. S:{—%+k2ﬂ,keZ}.
Lo giai

Tacé: sinx=0=x=kr,keZ.

Cau 2: Nghiém ctia phuong trinh sinx:% la
®.x:%+kﬁ;x:%+kﬂ- ®. xzi%—l—kZ;r.
©. x:—£+k27r;x:—5—ﬁ—l—k27z. ®. x:£+k27z;x:5—ﬁ+k2ﬁ.
6 6 6 6
Lai giai
x:£+k27z
sinx = — & 56
=2 tion
6
Cau 3: Tap nghiém ciia phuong trinh sin(x+%) :g la

®. S={£+k27z,5—”+k27z|k ez}.
12 12
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®. S:{—1+k27z,—5—”+k27z|kez}.
12 12

©. s :{—1+k27z,5—”+k27z|k ez}.
12 12

@. S={1+k2n,—7—”+k2n|kez}.
12 12

Lai giai

\/5 x+£:1+k27r x:£+k2ﬂ
Ta co sin(x+%):7<:> 4 3 (keZ)
x+£=7z—£+k27z x=—ﬂ+k27r

4 3 12

Cau 4: Nghiém ctia phuong trinh sinx.cosx=— la

N | =

®. x=k2z; kel.

xzkz;keZ.
4

®.
©. x=%+k7r; kel.
®.

x=kr;, kel.
Loi giai
L. 1 . T T
Ta co: smx.cosx=5<:>s1n2x=1<:>2x=5+k27r<:>x=2+k7r (keZ).

Cau 5: Nghiém ctia phuong trinh sin(er%j =01a
®. x=—%+k7z(keZ). ®. x=—%+k27r(keZ).
©. x=%+k27r(keZ). ®. x=kr(keZ).
Loi giai

sin(x+%}=0@x+§=k7z©x=%+k7r(k62).

(2. Dang 2: Phuong trinh cosx = a

XI. Bai tap minh hoa:

Cau 1: Giai phuong trinh sau 2cosx — J2=0.

®. x=-Zirrker. ®. x="1konkeZ.
4 4
©. x:j:%+k27z,kEZ. ®. x:i%—l—kﬁ,kez.
Lo giai

Ta co: 2cosx—\/§:0<:)cosxz%@cosxzcos%@x:i%+k27r,k€Z.
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Cau 2: Nghiém cta phuong trinh cosx = N3 la

®@. x:izTﬂ—l—k%z;keZ. ®. x= ?-f—kﬂ' kel.

©. x:i%vaﬂ;keZ. ®. x:i%—}-kbr;kez.
Loi giai

Ta co cosxz—%@cosx:cosz?ﬂ-(:)x:i%ﬁ-kbr;keZ.

Cau 3: Phuong trinh lugng giac cos3x = cos% c6 nghiém la

®. xetlskar. @ y=2Z k7 @ o _Z K7 g _E K7
15 3 45 3 45 3
Lai giai
Ta c6 cos3x = cos—= > 3x = £+ k27 < x = +l+k2—”
15 4 3
Cau 4: Nghiém ctia phuong trinh cosx = —% la
®. x=i%+k2ﬂ (kez). ®. x=i%+k27z' (keZ).
©. xzizTﬁ+k27z (kezZ). @. x=i%+kﬂ (keZ).
Lai giai
| x=2Z sk
Tacd cosx=—— < 3 (keZ).
2 2
x_—T'i'kZﬂ'

2
Cau 5: Tap nghiém cta phuong trinh cosx = % la

®. {—+k27r|k € Z}

®. {—+k2 —+k27r|k ez}.

©. { 3 k27r|keZ}
4
o) { %+k27z|keZ}
Loi giai
x=2skon
2 V4
cosx=7<:>c0sx=cosz<:> kel.

x=-Z+ik2r

(3. Dang 3: Phuong trinh tanx = a
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XI. Bai tap minh hoa:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Tap nghiém cta phuong trinh tanx+1=0 1a

®. S:{—%+k27r,keZ}. ®. Sz{%+k7r,keZ}.
©. S:{—%+k7r,keZ}. 0. S:{%+k27r,keZ}.
Loi giai

tanx+1=0 < tanx =-1 <:>x=—%+k7r,keZ.

Nghiém ctia phuong trinh tan2x-1=0 la:

®. x=£+k7r. ®. x=£+k7r. ©. x=£+k£. . x=£+k£.
8 4 8 2 2

Lai giai

tan2x—1=0<:>tan2x=1c>2x=%+k7r®x=%+k%.

Nghiém ctia phuong trinh tan x =cotx la

®. x=%+k%(keZ). ®. x=i%+k27r(keZ).
©. xzi%. ®. x=%+k7z(keZ).
Lai giai

tanx:cotx<:>tanx=tan(%—xj<:>x=%—x+k7z©x=%+k%(keZ).

S6 nghiém ctia phuong trinh tan(Zx —%rj ++/3=0 tren khoang (0;37[) la
®. 3. ®. 3. ©. 4. @. 6.

Lai giai

tan 2x—5—” +\/§:0<:>2x—5—”:—£+k7z<:>x:£+k—ﬂ(keZ).
6 6 3 4 2

keZ
xe(0;37r):>0<%+k7”<37r:>—%<k<1—21 =k €{0;1;2;3;4;5}.

Vay phuong trinh ¢6 6 nghiém trén khodng (0;37[).

Tat ci cdc nghiém ctia phuong trinh tanx = cotx 1a

® x="+1lkez. ®. x="1kor,kel.
4 4 4
©.x=£+k7r,keZ. @.x=£+k£,keZ.
4 4 2
Lai giai
. sinx #0 . Vs
biéu kién osin2x 0 x#m— ,mel
cosx#0 2

tanx:cotxctanx:tan(%—xj <:>x=%—x+k7r<:>x=%+k% (keZ)théa méan diéu

kién.
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@. Dang 4: Phuong trinh cotx = a

X]. Bai tap minh hoa:
~ ‘ x 5 P < T N
Cau 1: Nghiém duong nho nhat cia phuong trinh cot (x—gJ =3 Ia

®. 2" . ®. =, ©. =, ®. =
6 3 6 12

Lai giai

cot x—z :\/§<:>x—zzz+k7r<:>x:£+k7r,keZ.
6 6 6 3

Nghiém duong nhé nhét ctia phuong trinh 13

W[y

Cau 2: Tat ca cac nghiém ctia phuong trinh cot(x —15° ) ~J3=0 la:

®. x=75+k360°, (keZ). ®. x=45°+4k360°, (keZ).
©. x=75+k180°, (keZ). @. x=45°+k180°, (keZ).
Lai giai

Ta c6: cot(x—lS")—\E:O <:>cot(x—15° =3
< x—15°=30° +k180° < x =45° + k180°, (keZ).
Nghiém ciia phuong trinh da cho la: x =45° +k180°, (keZ).

Cau 3: SO6 nghiém ctia phuong trinh cot (x+ %) +1=0 trén khoang (—72';371') la
®. 2. ®. 3. ©. 1. ®. 4

Loi giai
Ta co: cot(x+%}+1:0<:>x+%=—%+k7z©x=—%+k7z (keZ).

ycbt<:>—7r<—%+k7r<3ﬂ<:>—%<k<%,ma keZ nen ke{0;1;2;3}.

< Bai tap rén luyén

Cau 1: Nghiém cta phuong trinh sinx:% la
@. x:%—l—kﬁ;x:%—l—kﬂ- ®. x:i%—!—kZ;r.
©. x:—%+k27r;x=—%+k2ﬁ- @. x:%+k27r;x:5?”+k27r.

Cau 2: Giai phuong trinh sau 2cosx— J2=0.

®. x:—%+k2ﬁ,keZ. ®. x:%+k27z,kez.

©. x:j:%—f—kZ;r,kGZ. ®. x:i%—kkn,kez.
Cau 3: Nghiém ctia phuong trinh cos x zg la

@. x::tzTﬂ—l—kZﬂ';kEZ. ®. x:is?ﬂ—i-kﬂ;keZ.
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Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

©. x:i%+k7r;k€Z. ®. x:i%—}-kbr;kez.
Phuong trinh lugng giac cos3x = cos - ¢6 nghiém la
® x=+Zikrr. @ x=2Z K7 @ o T KT @ T K2
15 3 45 3 45 3
Nghiém dic biét nao sau day la sai?
.sinx=-1<x=—-—+k2r. . sinx=0 x=kr.
®. si 1 ’2’ k2 inx=0 k
©. sinx=0< x=k27 ©. sinx=1<:>x=%+k27z.
Nghiém ctia phuong trinh 2sinx+1=0 la
_x— 7[+k27z
5 -
®@. XZi?ﬂ--i-kzﬂ',kEZ. ®. 76 kel.
xz?ﬂ+k27z
” x=2+kon
©. =% +kamkel. ®. ; kel
x:—”+k27r
x= 8?7[+ k27, k € Z 1a mot ho nghiém ctia phuong trinh nao sau day?
®. 2cosx+1=0. ®. 2sinx+1=0. ©. 2cosx-1=0. ®. 2sinx+\/§=0.

Phuong trinh tanx=tana , @ thudéc R c6 nghiém la
®. x=a+k2z (keZ). ®. x=a+k2m;x=r-a+k2r(keZ).

©. x=a+kr (keZ). ®. x=a+k2mx=—a+k2z(keZ).

Nghiém ciia phuong trinh sinx =0 Ia

®, x:%+k2ﬁ,keZ. ®. x:%+kﬁ,keZ. ©. x=0. ®. x=krkelZ.

Nghiém ctia phuong trinh cosx = —% la

@. x=i%+k27r (keZ). ®. x=i%+k27r (keZ).
©. xzizTﬁ+k27z (keZ). @. x=i%+k7r (keZ).
Tap nghiém ctia phuong trinh sin (x + %) = g la

®. S:{£+k27z,5—ﬂ+k27z|keZ}.
12 12

®. S:{—£+k27r,—5—ﬂ+k27r|keZ}.
12 12

©. s :{—1+k2n,5—”+k27z|k ez}.
12 12

. S={1+k27z,—7—”+k2n|kez}.
12 12
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Cau 12: Nghiém duong nhé nhat ciia phuong trinh cot —%j:\/g la
5z z © Z ®. =
e 3 e aTh
R . . (2x & , A
Cau 13: Phuong trinh sin ?+§ =0 co6 nghiém la
®@. x=—£+k3—7[(keZ). ®. x=£+k7r(keZ).
2 2 6
©. xz—zT”+k377z(keZ). @. x=kr(keZ).
Cau 14: Tap nghiém ciia phuong trinh cosx :7 la
®. |2 s kanfkez). ®. | Z v k2m>Z v k2nlk ezt
4 4 4
©. {i%+k27z|keZ}. . {i%+k27z|keZ}.
Cau 15: Phuong trinh cosx =0 ¢6 nghiém la
@.x=%+k7r (keZ). ®. x=k2rx (keZ).
©.x=%+k2ﬂ' (keZ). ®. x=kr (keZ).
Cau 16: Trong cac phuong trinh sau, phuong trinh nao vo nghiém?
@. tanx=99. ®. cos(Zx—zjzz—ﬂ.
2 3
©. cot2018x=2017. ®. sin2x=—%.
Cau 17: Nghiém cta phuong trinh sinx.cosxzé la
km
®. x=k2r; keZ. .x=T;keZ.
©.x=%+kﬂ;keZ. ©. x=kr; keZ.
Cau 18: Phuong trinh zsinx_\/g =( c6 tap nghiém la
®. {i%+k2ﬁ,keZ}. ®. {i%+k27z,keZ},
©. {£+k27z,5—”+k27z,keZ}. ®. {£+k27r,2—”+k27r,k62}.
6 6 3 3
Cau 19: Khing dinh nao sau day la khéng dinh sai?
@. cosx:0<:>x:%+k27r. ®. cosx=1< x=k2r.
©. cosx=-1x=r+k2r. ®@. cosx=0x=2+kr.

Cau 20:

Nghiém ctia phuong trinh sin[x+%j =0 la
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Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

®. x=—%+k7r(keZ).

©. x=%+k27r(keZ).

®. x=—%+k27r(keZ).

Trong céc phuong trinh sau ¢6 bao nhiéu phuong trinh c¢6 nghiém?

) |
smx:E; sinx=——

@. 0. ®. 1.

Tap nghiém ciia phuong trinh 2cosx—1=0 la

®. S:{i%+k7r:keZ}.

©. S:{i%+k27r:keZ}.

Tap nghiém ciia phuong trinh tanx+1=0 la

®. S:{—%+k27z,keZ}.

©. S:{—%-i-kﬂ',kEZ}.

Tap nghiém cia phuong trinh sin3x+1=0 la

®. xzkiz(keZ).

_1+\/§
’ 2

©. 3. ®. 2

®. S:{i%+k2ﬂ keZ}

O. S={i%+kﬂ keZ}

®. S:{%H’m,keZ}.

) S={%+k27r,keZ}

®@. {—%+kﬂ,keZ}. ®. {—%+2kﬂ,kez}-

©. {—%+k2ﬂ,k€Z}. ®. {—%w%’[,kez

L

Tat ci cdc nghiém ctia phuong trinh cot(x —15° ) ~J3=0 la:

®. x=75+k360°, (keZ).
©. x=75+k180°, (keZ).

Tap nghiém cta phuong trinh sinx =0 la

®. S:{§+k27r,keZ}'

®. x=45°+4k360°, (keZ).
@. x=45°+k180°, (keZ).

®. S={kr, kel}.

©. S={k2r, keZ). O®. S:{—§+k2ﬂ,keZ}.

Ho nghiém ciia phuong trinh cot(2x —30°) = NEREY

®. x=90°+£180°. ®. x=30"+k180°.
Khang dinh nao sau day 1a sai?

®. sinx=1<:>x=%+k27r.
©. cosx=-1 x=r+kn.

Phuong trinh cosx=m c6 nghiém khi:
®. |m|<1. ®. m<1.

Nghiém ctia phuong trinh sin’ x =1 1a
®. x=kx. ®. xz%r.

©. x=30"+4k90°. ©. x=60"+£180".

®. sinx=0< x=kr.

. cosx=0<:>x=%+k7r.

©. |m|<1. ®. m>-1.

©. x=%+2k7r. . x=%+k7r.

St-bs: FB: Duong Hung - Lién hé Word xinh Zalo: 0774860155

44



Tai liéu giang day, hoc tap Lép 11 nam 2021— FB Duong Hung

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Nghiém ctia phuong trinh tan2x—-1=0 la:

®. x=£+k7r. ®. x=£+k7r. ©. x=£+k£. . x=£+k£.
8 4 8 2 4 2

Nghiém ctia phuong trinh 2cos2x =-2.
®. x=k2r. ®. x=r+k2r. ©.x=%+k7z. @.x=%+k2ﬂ.

Cho x = %-{- k27 (k € Z)la nghiém ctia phuong trinh nao sau day
®. 2cosx—\/§=0. ®. cos2x=-1. ©. ZSinx—x/§=0. ®. 2005x+\/§=0.

Cho x = %4‘ kﬂ'(k € Z) la nghiém ciia phuong trinh nao sau day
@. cos2x=0. ®. cos2x=-1. ©. sinx=1. ®. sinx=0.

Cho phuong trinh sin x =% , nghiém cta phuong trinh la:

x=£+k27r x=£+k27z x=£+k27z
®. 6 ®. 6 ©. 56 ®. X =£+k27z.
x=£+k27r x=—£+k27z x=—ﬁ+k27z 2
2 6 6

Phuong trinh cosx = COS% c6 nghiém la
@. x=27ﬂ+k27r. ®. x=i%+k7r. ©. x=i%+k27r. ®. x=%+k27z.

Trong cac phép bién do6i sau, phép bién ddi nao sai?
®. sinle@x:%+k2ﬂ,keZ. ®. tanle@x:%+k7r,keZ.
1 x=£+k27z,keZ
©. cosx:E@ 3 . @ sinx=0<:>x=k27r,keZ.
x=—%+k27z,keZ

Nghiém ctiia phuong trinh sin2x—-1=0 14
®. x=—%+kﬂ',keZ. ®. x=%+k27r,keZ..

©. X=%+kﬂ,k€Z. ®. x=—%+k27r,keZ.

Phuong trinh 2cosx =1 c6 mot nghiém 1a

®. x=-Z. ®. x=Z. ©. x=Z. ©. x=x
2 2 3

Giai phuong trinh cosx=1.

®@. xz%‘,kez. ®. x=kn, keZ.

©. x:§+k2ﬂ,k€Z. ®. x=k2x, keZ.

Phuong trinh cosx =0 ¢6 nghiém la:
@.x=%+k7r (keZ). ®. x=k2z (keZ).
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Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

©.x=%+k2ﬂ' (keZ). ®. x=kr (keZ).

Phuong trinh nao sau day vo nghiém?
@. tanx+3=0.
©. sinx+3=0.

®. 2cos’x—cosx—1=0.
®. 3sinx-2=0.

Goi a langhiém trong khoang (7[; 27[) cuia phuong trinh cosx = 73 , néu bicu dién o = %

v6i a, b 13 hai sd nguyén va % 13 phan s6 t6i gidn thi ab bang bao nhiéu?

®. ab=42. ®. ab=6. ©. ab=66. ®@. ab=30.
Nghiém ctia phuong trinh: sin4x+cos5x =0 la.
x=Z1kon x=—+kr
® | °* . ®.
T k2m T krx
=——F — X=—— _
L 18 9 L 18 9
x=-L4kor x=Zikor
©. . @. .
T k2rw T k2rz
X =— —_— x:__+_
L 18 9 L 9 9
Trong khoadng (O;iz) phuong trinh cos4x+sinx =0 c¢6 tap nghiém S bang
Sz{z;l;z}. ®. S:{Z;Z}.
6 10 10 6 10
©. S:{z;z_ﬂ;z;z}- o. S:{z;s_ﬂ;z;z},
3 3 10 10 6 6 10 10

Tim tat ci cdc nghiém ctia phuong trinh cosg =0.

®. x=37”+k37z,kez. ®. x=37”+k6;z,kez.

©. x=kr,keZ. ®. x=%+k7r,keZ.

Tdng tat ca cac nghiem clia phuong trinh cos2x—cosx =0 trong khoang (O; 271) bang T .
Vay T bang bao nhiéu?

®. . T=r. ®. 7-7 ©.T=4—”.

3

®©. 7=2r.

6
S6 nghiém ctia phuong trinh cot(x+%j+l =0 trén khoang (—7[;37[) la
®. 2. ®. 3. ©. 1. @. 4

4

Cho AOC = AOF = - nhut hinh vé dudi day. Nghiem cia phuong trinh 2sinx+1=0 duge

biéu dién trén duong tron luong giac 1a nhitng diém nao?
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Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

D

y

B

®. Diém E, diém D.
©. biém D, diém C.

Nghiém ctia phuong trinh tanx =cotx la
@. x=£+k£(keZ).
4 2

©. xziz.
4

|

AX

®. biém C, diém F .
®. Diém E, diém F .

®. x=i%+k27z(keZ).

®. x:%+k7r(keZ).

Phuong trinh sin x = — ¢6 bao nhiéu nghiém trén doan [O; 207[] ?

[\

®. 10. ®. 11.

©. 21. ®. 20.

S6 nghiém ctia phuong trinh cos2x+1=0 trén doan [0;100072'] la

@. 1000. ®. 999.

Tap cac gia tri ctia tham s6 m dé phuong trinh 2sin(x+

©. Bﬂ o. {

®. (-L1). ®. [-11].

©. 2000. ®@. 1001.

20177

Phuong trinh sin2x = % c6 bao nhiéu nghiém trén khoang (O;ISTHJ ?

®. 18. ®. 16.

©. 14. ®. 12.

Phuong trinh cotx = \/g ¢6 bao nhiéu nghiém thudc [—20187[,201871’] ?

®. 2018. ®. 4035.

©. 4037. @. 4036.

Phuong trinh cos(x + 30°) :% co cac nghiém la

® [ x =k360°

" | x=-60°+k360°
© [ x=30°+k27

S| x=-90°+k27"

x= %+ k360°
®. .
T
x=—=+k360°
| 2
® [ x =30°+k360°
[ x=-90°+4k360°

j+ 3m=0 c6 nghiém la

. 1 . .
Phuong trinh 51n2x:—5 c6 hai ho nghiém c6 dang x=a+kzx va x=f+kn, keZ

(—%<a<0<ﬂ<37ﬁj.Khi do, tinh B —a’?

® = ® =
= =

257°

72
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Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

Cau 64:

Cau 65:

. 1
S6 nghiém ctia phuong trinh: cos2x = - thuoc khoang (7; 27) la

©. 2. ®. 3.

Phuong trinh nao du6i day c6 tap nghiém trung véi tdp nghiém cua phuong trinh

®. 4. ®. 1.
2cos’x=17?
®. cos x=72. ®. sin x:%.

©. tan’x=1. ®. tanx=1.

S6 nghiém ctia phuong trinh tan(Zx —%J +/3=0 tren khoéng (0;37[) la

®. 3. ®. 8.

©. 4. ®. 6.

Xét duong tron luong gide nhu hinh vé. Biét A0C = AOF =30°, E, D 1an luct 1a cac diém
doi xting ctia C, F qua gdc O. Nghiém ctia phuong trinh 2sin x—1=0 dugc biéu dién trén

dudng tron luong giac 1a nhitng diém nao?

ylt
L
D / C
{ I
A\ J4
\..____q.__,//F
Bf

@. biém C, diém D.
©. piém C, diém F.

®. Diém E, diém F.
®. biém E, diém D.

S6 nghiém ctia phuong trinh 2sinx —\/5 =0 trén doan doan [0; 27?] 1a

®. 3. ®. 1.
Nghiém ctia phuong trinh sin2x+cosx =01a
i T krm
X=——+4+—
®. 2 2 kew.
T K2z
X=——+4—
6 3
x=2vk2n
©. (keZ).
km
X=—+—
6 3

©. 4. ®©. 2.
x=——+k2n
®. (keZ)
T k2
X=—+—"
23
xX=——+kn
®. (keZ)
x=—+k2rx

Tap nghiém cta phuong trinh 2cos2x+1=0 la

®. S={£+k2ﬂ,—£+k2ﬂ,ke2}.
3 3
©. S={%+k7r,—%+k7z,keZ}.

Phuong trinh 2cosx—1=0 c6 tap nghiém la

®, {i§+ k2. k e Z}.

©. {%H{Zﬂ(k e Z),%HZ;:(Z e z)}.

®. 5= {277% 2k7z,—%”+ 2k, k e Z}.

. S={%+kﬂ',

—£+kﬂ,k€Z}.
6

®. {i%+k27r,k < Z} .

®. {—%+k2ﬂ(k e Z),—%HZﬂ(Z eZ)}.
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Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

Cau 76:

Cau 77:

Cho ham s6 y = xsin x , s6 nghiém thuoc [—%;27[} ciia phuong trinh y"+y=1 la

@. 2. ®. 0. ©. 1. ©. 3.
Nghiém ctia phuong trinh sin x.cosx =% la
®. x=k2z: kelZ. ®. x= . pez
©.x=%+kﬂ';keZ. ®. x=kr; kelZ.
Phuong trinh tan3x =tanx c6 nghiém la
®. x=kr. ®. x=k2r. ©. xzk%. ®. x=§+k7r.
Phuong trinh mcos2x =1 ¢6 nghiém khi
>1
®. m=0. ®. [”” . ©. m>1. ®. m=l.
m<-—1

Tap nghiém ciia phuong trinh sin (7rx) = cos[g—k 7rx] la:
T 1 V4 1
@. {E+k7z,keZ}. ®. {E+k,kez}. ©. {5+k7z,keZ}. ®. {E+k7z,keZ}.

Trong céc phuong trinh sau phuong trinh nao vé6 nghiém?
@. 3sinx+1=0. ®. 2cos’ x—cosx—1=0.
©. 5tanx+3=0 ®. 3cosx-5=0.

Phuong trinh sin 2x =% c6 bao nhiéu nghiém trén khoang (O;ISTHJ ?

®. 18. ®. 16. ©. 14. ®. 12.

Cho phuong trinh 3sin(2x —%)+1 =m cbd nghiém khi m € [a;b]. Khi d6 b—a biang

@. 6. ®. o. ©. 2. ®. 4.
Tap nghiem S ciia phuong trinh €0S3x =cosx ]y
®. S={knkeZ}. ®. S:{%”,kez}.
©. S:{%”,kez}. ®. S:{§+kﬂ,keZ}.
N . Vs A . ) , T T

Phuong trinh s1n(2x—5 =1 ¢6 may nghiém trong nita khoang (_E’E} ?
@. 0. ®. 2. ©. 1. . 3.
Phuong trinh cos3x =sinx c6 bao nhiéu nghiém thudc doan {—%; %} ?
@. 0. ®. 2. ©. 3. . 1.
Tat ci cdc nghiém clia phuong trinh tanx = cotx 13
®. x=2+rZkez. ®. x=Z+kor kel.

4 "4 4
©.x=£+k7r,keZ. @.x=£+k£,keZ.

4 4 2
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Cau 78:

Cau 79:

Cau 80:

Cau 81:

Cau 82:

Cau 83:

Cau 84:

Cau 85:

Cau 86:

Cau 87:

Cau 88:

Cau 89:

3

Téng nghiem am lén nhat va nghiém duong nhé nhét ciia phuong trinh sin (3x —%) =—

2
bang
® " @ o -~ o .
9 6 6 9

2 . ) N | V4 . V4
Biet cac nghiém ciia phuong trinh cos2x = Y codang x=—+krva x=——+kr keZ;
m n

v6i m,n 1a cac s6 nguyeén duong. Khi d6 m+n bang

®. 4. ®. 3. ©. s. @. 6.
Phuong trinh 2sinx—m =0 vo nghiém khi m la:
<=2
®. 2<m<2. ®. m>2. ©. {m . ®. m<-2.
m>2
S6 nghiém ctia phuong trinh _sindx =0 trén doan [O; 7[] la:
l-cosx
®. 4. ®. 2. ©. 3. ®@. Vo sb.

S6 nghiém ctia phuong trinh sin(x + %) =1 thuoc doan[0;272'] 1a
@. 2. ®. 0. ©. 1. ®. 3.

Giai phuong trinh (2 cos%— lj(sing+ 2) =0.

®. x::tz?ﬂ+k27r,(k€Z). ®. x:i%+k27r,(/e€Z).
©. x =+ +kin (k). . x:i%ﬂk%,(kez).

Giai phuong trinh 2cosx—1=0.

®. x:i%+k27z,keZ. ®. x=%+k27z,keZ.
V4 Vs
©.x:i§+27r,keZ. @.x:i§+k27r,keZ.
C6 bao nhiéu gia tri nguyén ctia tham s6 m dé phuong trinh 3sin 2x —m* +5=0 c6 nghiém?
®@. 6. ®. 2. ©. 1. @. 7.
Tinh tdng céc nghiém trong doan [0;30] cia phuong trinh: tan x = tan 3x
®. 557. ®. U7 ©. 457 ®. 207
2 2
Tinh tdng tat ci cac nghiém ciia phuong trinh sin x+sin2x =0 trén doan [0; 27[] .
®@. 4r. ®. s5x. ©. 3r. ®. 2x.
Phuong trinh: cosx—m =0 vo nghiém khi m la:
®. -1<m<1. ®. m>1. ©. m<-1. @.m<—1;m>1

Phuong trinh nao du6i day c6 tap nghiém biéu dién trén dusng tron lugng giac 1a 2 diém
M, N?

St-bs: FB: Duong Hung - Lién hé Word xinh Zalo: 077/,860155 50



Tai liéu giang day, hoc tap Lép 11 nam 2021— FB Duong Hung

Cau 90:

Cau 91:

Cau 92:

Cau 93:

®. 2sin2x=1. ®. 2c0s2x=1.  ©. 2sinx=1. ®. 2cosx=1.

Tim tong cac nghiém clia phuong trinh sin3x+cosx =0 trén (0; 72') .
5
?” % ©. r. ®©. 2r.

Cho phuong trinh sin2x—sin x —2mcosx+m =0, m la tham sb. S6 c4c gia tri nguyéen clia
, 7
m dé phuong trinh da cho ¢6 ding hai nghiém phan biét trén [Tﬂ, 371} la
®. 0. ®. 2. ©. 3. @. 1
N . T . kY4 . 2 P, . ~ 2
Cho phuong trinh s1n(2x—zj =sin (x+7j. Tinh tong cac nghiém thuodc khoang(O;iz)

ctia phuong trinh trén.

® Iz ®. 7. ©. 2. . Z.
2 2 4
Nghiém duong nho nhat ciia phuong trinh 8sin x.cos x.cos 2x — 3 =014 == . Khidé m+n
n
bang
®. 12. ®. 13. ©. 14. ®@. 11

1.D 2.C 3.A 4.B 5.C 6.B 7.A 8.C 9.D 10.C

11.A | 12.B | 13.A | 14D | 15.A | 16.B | 17.C | 18D | 19.A | 20.A

21.D | 22.C | 23.C | 24.D | 25.D | 26.B | 27.C | 28.C | 29.A | 30.D

31.C | 32.C | 33.C | 34.B | 35.C | 36.C | 37.D | 38.C | 39.C | 40.D

41.A | 42.C | 43.C | 44.A | 45.D | 46.A | 47.D | 48.D | 49.D | 50.A

51.D | 52.A | 53.D | 54.B | 55.D | 56.D | 57.A | 58.C | 59.C | 60.D

61.A | 62.D | 63.B | 64.C | 65.A | 66.D | 67.C | 68.A | 69.B | 70.B

71.D | 72B | 73.A | 74B | 75.C | 76.C | 77.D | 78.C | 79.D | 80.C

81.C | 82.C | 83.D | 84.D | 85.B | 8.C | 87.B | 88.D | 89.C | 90.D

91.D | 92.B | 93.C

Huéng dan giai
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x:£+k27z

Caul: sinx=—<& 56
x:—”+k27z

6

Cau 2: Taco: 2c0sx—x/5:0©cosx:g@)cosx:cos%(:)x:i%—f—an,keZ.

Cau 3: Taco cosx:——3<:)cosx:cosz—ﬂ-(:)x:i3—”+k27r;k€Z.
2 3 3
Cau4: Taco cos3x:cos%<:>3x=i£+k27r<:>x=i4£+szﬁ.
Cau 5:
1 x=-Z+k2r
Cau 6: 2sinx+1=0<sinx=——< 6 kel.
2 r
X=?+k27l'

271\/3

Cau7: Vi x=8—ﬁ+k27r,keZ ta co: cosx=c0s2—”=—l;sinx:sin—:—.
3 3 2 3 2

Do d6 x= 8%+ k2, k € Z 1a mot ho nghiém ctia phuong trinh 2cosx+1=0.

Cau 8:
Cau 9: sinx=0<x=kr,keZ.
Cau 10:
i x:2—7[+k27z
Tacod cosx=—— < 3 (kez).
2 27
x=—T 1 kon
3
NG x+%=%+k27z x=" ko
Cau 11: Taco sin(x+zj:7<:> o 1_2 (keZ)
T

x+£:ﬂ—£+k27r x=—+k2rm
4 3 12

Cau 12: cot(x—%J:\/§<:>x—%=2+k7z<:>x=%+kﬂ,keZ.

Nghiém duong nhé nhat ctia phuong trinh 13 %
~ . . (2x &
Cau 13: Taco sin| —+— |=0
3 3
<:>2—x+£:k7r
3 3
2—x:—£+k7r
3 3
S 2x=—-m+k3x
<:>x:—£+ld—”(keZ).
2 2
2 x:£+k27r
Cau 14: cosx:7<:>cosx:cos£<:> kel.

x=—2+ikorn
4
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

>

>
>

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:
Cau 27:

Cau 28:

Cau 29:

Cau 30:

Theo cong thicc nghiém dic biét thi cosx=0< x = %+ kx (k € Z) .

Vi 27” >1 la nén phuong trinh cos(Zx—%j = ZT” vo nghiém.

) 1 )
Ta co: s1nx.cosx=5<:>s1n2x=1<:>2x:%+k27r<:>x=%+k7z (keZ).

x—£+k27z
2sinx—\/§:0<:>sinx=£<:> (keZ).
2 27
x:T'i'kZﬂ'

Ta co:
V4
cosx=0<:>x=5+k7r.

cosx=1l<x=k2r.

cosx=—-l<x=m+k2rx.
Dap an sai : cosx=0c>x=%+k27z.

sin(x+§j20<:>x+§:kﬂ<:>x:%+k7r(keZ).

N5

2

. e . 1 .
Do y =sinx c6 tap gia tri la [~1;1] nen cac phuong trinh sinx = Sisinx = c6

3 vO nghiém do 1+2\/§ >1

. . 1+
nghiém; phuong trinh sinx =

Ta c6 2cosx—1:0<:>cosx=%<:>x=i%+k27z,keZ.

tanx+1=0 < tanx =—1 @xz—%kaﬁ,keZ.

Ta c6 phuong trinh sin3x+1=0 < sin3x =—1 <:>3x=—§+k2n N x:—%+k%",kez.

Vay tap nghiém ciia phuong trinh la {—%+ sz”,k € Z} .

Ta co: cot(x—lS")—\/g:O = cot(x—15°) =3
< x—15"=30"+4180° < x =45 +k180°, (ke Z).
Nghiém ctia phuong trinh da cho la: x =45° +k180° , (k € Z) .
Taco: sinx=0<=x=kr, keZ.
Lai giai
cot(2x—30°) =+/3 < 2x—=30° =30° + k180" & x =30" + k90" (ke Z)
Lai giai
Taco: cosx =—-1< x=7x+k2x.Suy ra Cla dap an sai
Lai giai
Phuong trinh cosx=m c6 nghiém khi |m|<1 do —1<cosx<1.

Lai giai
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Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:
Cau 42:

Cau 43:

Pt<:>cosx=0<:>x=%+k7r.VaychQnD

tan2x—1=0©tan2x=l<:>2x=%+k7r<:>x=%+k%.

Ta co: 2cos2x=—2<:>cos2x=—1<:>2x=7z+k27z<:>x=x=%+k7r,keZ

x—£+k27r
Ta co: 2sinx—\/§:0<:>sinx:£:sin£<:> 3 (keZ)
2 3 T 27
x:ﬂ'—g'i'kzﬂ':T'i'kZﬂ'

Ta c6:cos2x = -1 2x =7 +k27 = x = —+kz (k € Z)

x=£+k27z x=%+k27r

. 1 . .
smngcsmxzsmg@ & s keZ
x=7r—%+k27r x=?ﬁ+k2ﬂ

Vs pia
cosx=cos§<:>x=i§+k27z

Taco sinx=0< x=kx,keZ ,nén dap an D sai.

* Ta co: sin2x—1=0<:>sin2x=lc>2x=%+k27z; k€Z©x=£+k7Z; kel.

2cosx=1<:>cosx=%=cos(§)<:>x=i§+k2n, keZ.Vay x:% la mot nghiém cta pt

da cho.
Taco cosx=1<x=k2w, keZ.

Theo cong thitc nghiém dac biét thi cosx=0< x= %-{‘ krx (k IS Z) .

+ Phuong trinh sinx+3=0<sinx =-3 = phuong trinh sinx+3 =0 v nghiém.
cosx =1
+ Phuong trinh 2cos” x—cosx—1=0 < cos 1 = phuong trinh
[
2cos’ x—cosx—1=0 c6 nghiém.
+ Phuong trinh tanx+3=0< tanx=-3 < x=arctan(-3)+kz = phuong trinh
tanx+3=0 c6 nghiém.

+ Phuong trinh sin x =§ ma —1< % <1 nén phuong trinh 3sinx—2=0 c6 nghiém.

3 7

Phuong trinh cosx=—r x:ig+k27r(k €Z).

Vi xe(ﬂ;27r):>x=%. Suyra a=11 va b=6.

Vay ab=66.
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Vs
x=—+k2r
Cau 44: sin4x+cos5x=0< cosS5x=—sin4x =cos 4x+£ = 2 .
2 T k2w
=t
18 9
x=£+k2—ﬂ-
Cau 45: cos4x+sinx =0< cos4x =—sinx =cos x+Z & 6 3
2 Vs 2z
x=——+k—
10 5
) . ~ o s T St 3m In
Suy ra trong khoang (0;7[) phuong trinh da cho ¢6 tap nghiém la S = E;?;E;E
Cau 46: Ta co cos£=0<:>£=£+k7z:>x=3—”+k37r,keZ.
3 3 2 2
~ 2x=x+k2rx x=k2m 2
Cau 47: cos2x—cosx=0< cos2x =cosx < & 2reox=k—.
2x=—x+k271' XZkT 3
Véi xe(0;27r):>x=27”;x=4§.
Vay T=2—”+4—ﬂ=27z
3 3

Cau 48: Ta co: cot x+Z +1:0<:>x+£:—£+k7z©x=—£+k7z(keZ).
4 4 4 2
T 1 7 . R
ycbt<:>—7r<—5+k7r<37r<:>—5<k<5,ma keZ nén ke{0;1;2;3}.

o |x=-Zskon

Cau 49: 2sinx+1=0<sinyx=— < 6 (keZ).
2 T
x:?+k2ﬂ'

Cac cung lugng giac x = —%Jr kK2r, x= %th k27 lan lugt duge biéu dién trén duong tron
luong giac boi cac diem F va E.
_ V4 T T T
Cau 50: tanx=cotx < tanx:tan(g—x) = xz;—x+k7z =S :Z+k5(k e’l).

Cau 51: Cdch 1:

1 x="1kor
Taco sinx=—< ,vOi keZ.
2 hY/4
x=?+k27z

+) 0S%+k2ﬂ$20ﬂ:>—%§k§%. Lai c6 k € Z nén k e{0;1;2;3;4;5;6;7;8;9}.

+) 0S%+k27z£207r:>—%$k£%. Lai co k € Z nen k €{0;1;2;3;4;5;6;7;8;9}.

Vay phuong trinh sin x :% ¢6 20 nghiém trén doan [O; 2071].

Cach 2:
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Cau 52:

Cau 53:

Cau 54:

Cau 55:

¥

Dung dudng tron lugng gidc, tren doan [0;277] phuong trinh sin x =% c6 2 nghiém, tuong

tw véi [27[;47[], [47[; 67[],...[187[;207[]. C6 10 doan nhu vay, trén moi doan c6 2 nghiém

nén suy ra phuong trinh da cho ¢6 2.10=20 trén [0;2072'] — chon dap an  ©.
cos2x+1=0<cos2x=-1=2x=m+k2r & x=%+k7z, kel.

Ta co: 0S%+kﬂ§10007rc>—%ﬁk£19299.

Ta duge k €{0;1;2;...999} .
Co6 1000 gia tri k, ttng v6i 1000 nghiém ctia phuong trinh trén [0;100071’].

Ta co: 2sin(x+ 20177[j+3m =0 sin(x+ 201277[] :—37’” c6 nghiém
khi va chikhi —1<—"<le—2<m<2.
2 3 3
| 2x=£+k27r x=£+kﬂ'
Ta co: sin2x=5<:>sin2x=sin£<:> 6 o 12 (kez).

2x=7z—£+k27r x=—~++krx
6 1

» Trudng hop 1: x=1£+k7r (keZ).

keZ
V10<x<15—c>0<—+k <15—”c>—L<k<g:>k {0;1;2;3;4;5;6;,7} .
2 12 2 12 12
Vay c6 tat ca c6 8 gia tri k tuong tng véi trusng hop 1 ¢6 8 nghiém la:
V4 137 2571 3r 497 6lx IRV 4 857
X=—; Xx= P X= P X= P Xx= P Xx= P Xx= P Xx=

12 12 12 12 12 12 12 12
» Trudng hop 2: x=?—§+k7r (keZ).

VIO<x< 2 0 phr <2 o O kB Cr0,1,2,3,4:5:6,7)
2 12 2 12 12
Vay c6 tat ca c6 8 gia tri k tuong ting véi trudng hop 2 c6 8 nghiem la:
57r 177r _ 297 41 337 657 T 897

y X = y X = y X = y X = y X =

12 12 12 12 12 12

Vay trén khoang ( j phuong trinh da cho c6 tat ca la 16 nghiem.

cotx = \/5 ()<:> =g+k7r keZ,ma 20187 <x<20187x.

:>—20187r£%+k7z£201877 <:>—20183é+k£2018 @—2018—%3k£2018—%, kekZ.

Suy ra —2018<k <2017, keZ.
Vay (1) ¢6 4036 nghiém thuoc [—20187[,20187[].
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Nhan xét: Ham s6 y = cotx tuan hoan vdi chu ki T = r , nén trén maéi doan cé do dai bang
mot chu ki thi phuong trinh cotx = \/§ co dung mot nghiém. Ma doan [—201871;2018%] dugc
chia lam 4036 doan cé do dai bing 1 chu ki dang [—20187[;—20177[], [—20177[;—20167[] ,
ey [20177[;20187[] nén phuong trinh da cho co 4036 nghiém.

1 x+30°=60°+£360° x=30°+£k360°
Cau 56: Taco: cos(x+30°)=—< =
x+30°=-60°+£k360°

2 x=-90°+£k360°
1 2x:—£+k2ﬂ x:—£+k7r
Cau 57: sin2x=—5 =N 76 =N 712 (keZ).
2x:?ﬂ+k27z x=—”+k7z
r Vs ) ,
- :—,a:—— - =—
P 12 12 P 3

Cau 58: Cach 1:
cos2x=—%<:>2x=i2§+k27z<:>x=i%+k7r, kel.

+) Xét %+k7re(7r; 27z)<:>§<k<§:>k:l:>x:4—ﬂ

+) Xét —%+k7ze(7r; 2”)©§<k<%zk=2:>x=5?ﬁ.

1
Vay phuong trinh cos2x = ) ¢6 2 nghiém trén (ﬂ; 27[) .
Cach 2:
Ham s6 y =cos2x 1a ham s6 tuan hoan véi chu ki T =z . Trén mdi khoang c6 do dai bang

chu ki thi phuong trinh cos2x =m, (—1 <m<l,m# 0) ludn c¢6 diang hai nghiém.
1
Do d6 trén (7; 27) thi phuong trinh cos2x = - c6 dung hai nghiem.

1

cos’x

1
Cau 59: 2cos’x=1<cos’x=—= =2 l+tan*x=2 < tan*x=1.

Cau 60: tan(2x—5—ﬂj+\/§:0<:>2x—5—ﬁ:—£+kﬂ<:>x:£+k—ﬂ(keZ).
6 6 3 4 2
1 11 keZ
xe(0;37r):>0<£+k—”<371:>——<k<— =k e{0;1,2;3;4;5).
4 2 2 2
Vay phuong trinh ¢6 6 nghiém trén khoang (0;37[).
yll

e —

— e — —

D
{ 172
\

A
==
Cau 61: B
| x=—+k2x
Taco: 2sinx—-1=0sinx=—< keZ.
2 R4
x=—+k2rx
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Dua vao dudng tron lugng giac ta cé diém biéu dién nghiém ctia phuong trinh 14 diém C,

diém D.
Cau 62: Tuludan
\/5 x:£+k2ﬂ x:£+k27r
ZSinx—\E:0<:>sinx:—<:>sinx:sin z = 3 = 3 kel
2 3 Vs 27
x=r——+k2rx x=—+k2rx
3 3
- Xét x=%+k2ﬂ
T T Y4 1 5
OSXSQJZ’@03;4‘](271’32ﬂ<:>—§§k27fg—<:>—ggk§g:>k20
Chi c6 mot nghiém x = % e[0;27]
- Xét xzzTﬂ+k27r
0<x<2re0<Zirn<are-—-Lakr< e Lap<2oko0
3 3 3 3 3
. o 2
Chi c6 mot nghiém x = 3 e[0;27]
Vay phuong trinh cé 2 nghiém thudc doan [O; 271].
sin2x+cosx=0
< 2sinx.cosx+cosx =0
& cosx.(2sinx+1)=0
_ s .
Cau 63: x—5+ a p
cosx=0 x=——+k2rx
cosx=0 V4
) == || x=——+k2r < (keZ)
2sinx+1=0 s1nx:—§ 6 T k2
x:7—ﬂ+k2ﬂ 2 3
L 6
2 T
1 ' 2x:T+k2ﬂ x=—+knr
Cau 64: Taco 2cos2x+1=0< cos2x=——=cos— < o (keZ).
2 3 2 T
2x=—+k2rx x=—+knr
3 3
~ 1 T
Cau 65: 2c0sx—1:0<:>cosx=5:c0s§
x=£+k27z
s 3 (kez).
x=—2+korn
3
Cau 66: Taco
y'=sinx + xcosx
y"=cosx+cosx—xsinx=2cosx—xsinx
Do dé
| x=£+k27r
y'+y=1l<2cosx=1<cosx=—< 3 (keZ)
2 w
xX=——+k2n
3
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Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Truong hgp 1. Véi x=%+k27z (k eZ)

Do xe —£;27Z nén —£££+k27r£27r<:>—isksé
2 2 3 12 6

Suy ra k=0 ta dugc ng.

Truong hgp 2. Vi x = —%+k27z (k € Z)

Do x e —£;27r nén —fs—£+k27rs27r<:>—Lsksz
2 2 3 12 6

Suy ra k=0 ta dudc xz—%; k =1 ta dugc xz%r.

Vay c¢6 3 nghiém thudc |:—%;27Z} cua phuong trinh y"+y=11a x =%; xX= -3 Px=".

) 1 )
Ta c6: s1nx.cosx=5<:>s1n2x=1<:>2x:%+k27r<:>x=%+k7z (keZ).

cos3x=0

Diéukién:{ @x¢%+k% (keZ).

cosx=0
p Vs
Ta co: tan3x=tanx<:>3x=x+k7r<:>x=k5.

Két hgp véi diéu kien ta duge x = krz (k € Z) .
m#0
mz

Phuong trinh c6 nghi¢m khi va chikhi ¢ 1 _ < |m|>1< {

m<-—1

jm|
Ta co:

sin (7rx) = cos[g—k 7rx] <> sin (Wx) =sin [g—g— ﬂx] <> sin (7rx) = sin[%— Wx]

7rxz£—7rx+k27r 1
& 6 Sx=—+kkel.
szw—%—l—mﬂ-kZW (VL)

5
3cosx—5=0<:>cosx=§.
Tac6 —1<cosx <1 nén phuong trinh vé nghiém.

1 2x=£+k27r x=£+k7z
Ta c6: sin2x = — <> sin 2x = sin = < = (keZ).
2 V4 hY/4
2x=m—-——+k2rx x=—7++krx
6 12

» Trudong hgp 1: x=%+kﬂ' (kez).

kel
Vi 0<x<15—”<:>0<£+k7r<15—7r<:>—i<k<§:>k={O;l;2;3;4;5;6;7}.
2 12 2 12 12
Vay c6 tat ca co 8 gia tri k tuwong tng v6i truong hop 1 c6 8 nghiem la:
7 Bz 257 3Tz 497 _ 6lzr  T3x 85w

X=—; X ;X ;X ;X ;X ;X ;X = .
12 12 12 12 12 12 12 12
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» Trudng hgp 2: x=%+kﬂ (kez).

kel
Vio<x< 0 1 hr <% 0 2 ik B r012:3,4:56,7).
2 12 2 21

Vay c6 tat ca co6 8 gia tri k tuong tng véi truong hop 2 c6 8 nghiem la:

57r 177r 297 A1 537 657 777 897

X= ;Xx= ;X = ;X = ;X = ;X = ;Xx=

127 12 12
Vay trén khodng (0;1577[) phuong trinh da cho c6 tat cd 1a 16 nghiem.

Cau 73: Ta co: 3sin(2x—%)+l:m<:>sin(2x—%j:

Phuong trinh ¢6 nghiém khi va chi khi —1< <
Suy ra: b—a =6.

3x=x+k2x kmr
Cau 74: Phuong trinh: cos3x =cosx < = kT x=— (k eZ).
3x=—x+k27 x=— 2

Két luan: Vay phuong trinh tap nghiem S = {]%[,k € Z} .

Cau 75: Ta co: sin(2x—%j:1©2x—%:§+k27r<:>x=%+k7r.

Doxe(_z;z}:,_£<£+kﬂs£©_é<ksé
22 2 8 2 8 8
Mat khacdo keZ = k = ij—%
Vay phuong trinh c6 nghiém x —%
” 3x=Z_x+k2r x:£+k%
Cau 76: Taco cos3x=sinx<:>cos3x=cos(——xj<:> = 8
2 V4 V4
3Ax=——+x+0127 x=——+Irx
2 4
L P PN L L L By L S S
8 2 22 2 8 2 2 4 4
Vay ho nghiém nay c6 hai nghiém thudc doan {—%,%} la x——%r x—%
x:—£+lﬂe _Z;f <:>—£S—£+lﬁ££<:>—lﬁlsz<:>lzo.
4 22 2 4 2 4 4

Vay ho nghiém nay c6 mot nghiém thudc doan {—% %} la x= —% .

Vay phuong trinh ban dau c6 ba nghiém thudc doan [—%; %} .
.. sinx # 0 ) V4
Cau 77: Diéu kién Ssin2xz20=x#m— ,mel
cosx =0 2

12 12 12 12 12

tanxzcotx@tanx:tan(%—xj <:>x=%—x+k7r<:>x=%+k% (keZ)théa man diéu

kién.
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T T T k2rx
ju \/5 3X—Z=g+k2ﬂ' ng-‘rT
Cau 78: sin|3x—— |=— < S s kylelZ
4 2 T 2r 11z 27
3x——="40D2rx =+ —
4 3 36 3
THI1: x<0; x 16n nhat
k:—l;x:—”—” 137
Chon 36 =S x=—
137 36
l=—lx=—7""YX
L 36
TH2: x>0; x nhé nhat
k:0;x:7—” .
Chon 1316 :>x:¥
[=0;x=——
L 36
Khi dé tong can tim la: —13—”+7—ﬂ:—£.
36 36 6
| ) 2x:2—7[+k2ﬂ x=—+kr
Cau 79: os2x = —— <> C0oS 2x = OS2 <> 3 o 3 (keZ)
2 3 2z T
2 Z—T+k27l' x:__+k7z'

=>m+n=3+3=6.

Cau 80: +) 2sinx—m=0<:>sinx=%,phu0ng trinh c6 nghiém khi —1£%£1<:>—2£m£2

m>2
+) ZSinx—m=Oc>sinx=E,pthdng trinh vo nghiém khi Mile
2 m< -2
Chon dép an C
Cau 81: DKXD: cosx#l< x#k2n,keZ.
Khi do: sin3x =0<:>sin3x=0<:>3x=k7r<:>x=k—”,keZ.
1—cosx
Ma 0<x<7x nén x=0,x=%,x=2§,x=7r. Két hgp véi diéu kién, suy ra nghiém ctia
phuong trinh trén doan [0; 71'] la xzz,xzzTﬂ,x:ﬂ'.

Cau 82: Taco sin x+Z :1<:>x+£:£+k27r<:>x:£+k27z,keZ.
4 4 2 4
Vixe [0;27[] =x= % = Phuong trinh ¢6 1 nghiém trén doan [0;271’]

2cos=—-1=0 (1)
Cau 83: Taco: (200s§—1](sin§+2j20<:> 2 .
sin§+2:O 2)

Gial (1) : Zcos§—1=0<:>cos£=l®%=i§+k27r<:> xzizTﬂ+k47r,keZ.

Giai (2) : sin§+ 2 =0, phuong trinh vo nghiém.

Vay phuong trinh ¢6 ho nghiém la x = 1277[+ kdr,kel.
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Cau 84:

Cau 85:

Cau 86:

Cau 87:

Cau 88:

Cau 89:

Cau 90:

Ta co: 200sx—1=0c>cosx=%=cos(%j<:> x=i%+k2ﬁ,keZ.

2
. -5
Phuong trinh da cho tuong duong v6i phuong trinh sin2x = m

3
—2\/ESmS—\/5
V2<m<2\2

Vi sin2x €[-1;1] neén m

e[—l;l] om’ 6[2;8] @{

Vay nén c6 2 gia tri chon B

Loi giai
x# 2tk
s » cosx #0
Dieu kién dé phuong trinh c6 nghia = (*)
cos3x#0 T kr

X#E—+—

3
Khi d6, phuong trinh 3x=x+kzr < x = k{ so sanh v6i dk

k2
{x T —e[0:30]= k= {04} = x € {0 :27:...:97)

x=r+k27z’

Vay, tong cac nghiém trong doan [0;30] cta phuong trinh la: 457 .

2x=—x+k2x x—2k—ﬂ
Ta c6 sinx+sin 2x =0 < sin 2x = sin(—x) < o7 3 (klen).
2x=mw+x+127x
x=rn+2r
Vixe[O;Zﬂ]nénOSxSZE.
(k=0=x=0
2k 2k kzl:}x:%”
+ V6 x=2L Taco 0<2L <27 0<k<3.Suyra .
3 3 47
k=2=>x=—
3
\k=3=>x=2x

+ V6i x=7+2lr . Tuong tu OSﬂ+217rS27z<:>—%sl£%.Suyra [=0=>x=rx.

Vay tong tat ca cac nghiém ctia phuong trinh da cho trén [0;27[] la 5.

m>1

Theo 1y thuyét phuong trinh cosx =m vo nghiém khi: 1
m p—

Ta thay 2 diém M va N 1a cac giao diém clia dudng thang vuong goc véi truc tung tai

.2 1 . . « 2 2 -4 . >
diem 2 vGi duong tron lugng giac = M va N la cac diem biéu dién tap nghiém cia
phuong trinh lugng gidc co ban: sinx = 2 < 2sinx=1=Dbspan. ©.

3x=x—24k2x
2

Ta co: sin3x+cosx =0 < sin3x =sin x—z =
2 RY/4
3x=7—x+12ﬂ
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Cau 91:

Cau 92:

7
x=——+kr

R (k,leZ).
3 &
Xx=—+I[—
8 2
T
_x k=1
\ 0< 4+k7r<7z ke
Ma x (0;7) nén .Do nen |/ =
RV 4 leZ
O<—+Il—<n7xm =1
8 2
P
4
= x:3—7[:>T:3—7[+3—”+7—7[=27r
8 4 8 8
T
xX=—
L 8
Phuong trinh da cho tuong dwong v6i phuong trinh
1
==
(2cosx-1)(sinx-m)=0< cosx 2 M
sinx=m (2)
050
) e 1s 8T |
¢6 1 nghiém la xz? trén [—;37[}
m=1
NE)
"
Suy ra
me|——:0
2
2x—£:x+3—ﬂ+k27z x=rw+k2x
L. V4 . RY/1 4 4
Ta co: sin| 2x—— |=sin| x+— | < o T or (keZ).
4 4 V4 3z x=—+k—
2xX——=rx- _T+k27[ 6 3

+ Xét x=xw+k2x (keZ).
Do O<x<7r<:>0<7r+k27r<7r<:>—%<k<0.Vi k € Z, nén khong co gia tri k.
+ Xét x=%+k27ﬂ (keZ).

Do O<x<7r<:>0<%+k2?ﬂ<7r<:>—%<k<%.\/i k € Z nén co6 hai gia tri k£ la:

k=0;k=1.
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[N

e Vi k=0=>x=—.

5

e Véik=1=x=

.
Do d6 trén khoang (O;;r) phuong trinh da cho c¢6 hai nghiém x =% va x = 5?7[
Vay tong céc nghiém ciia phuong trinh da cho trong khodng (0; 7r) la: %Jr 5?” =7.

Cau 93: Tap xacdinh: D=R.
Ta co: 8sinx.cosx.cos2x—\/§=0 c>4sin2x.cos2x=\/§ IS 2sin4x:\/§<:>sin4x:7

4x="1kon x== kx
o ; 13 kz (kez).
4x=""112 =27
6 2
Nghiém duong nhé nhét ctia phuong trinh 13 %:{ :13:>m+n=14.
n=

64
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@.Chyong 1: §6. PT LUCONG GIAC THUONG GAP f’

Tém tit 1y thuyét ]

@. Phuong trinh bac nhat dbi véi mot ham sé luong gidc

®. Pinh nghia:

e Phuong trinh bac nhat déi v6i mot ham s6 lugng giac 1a pt ¢6 dang: at + b = 0,
e Trong d6 a, b 1a cic hing s6 (a#0), t 1a mot trong cac ham s6 luong giac.

@ Vidu: 2sinx — /3 = 0; 2cosx — 3 = 0; v3tanx + 1 = 0; cotx -1 =0
@. Cadch gidi: Dua vé phuong trinh luong gidc co bdn.
@ Vi du: Giai cac phuong trinh sau:
a) 2sinx — 3 = 0; b) v3tanx + 1 =0
Huéng dan gidi:
a) 2sinx — 3 = 0< sinx = §> 1: phuong trinh vo nghiém

b) v3tanx + 1=0 @tanx:—%ax:—%+kn

®.PT dua vé PT bac nhat doi véi mot ham sé lugng gidce.
@ Vi du 1: Gidi cAc phuong trinh sau:
a) Heosx — 2sin2x = 0 b) 8sinx.cosx.cos2x = —1
Huéng dan gidi:
a) Hcosx — 2sin2x = 0<> cosx (5 —4sinx) = 0
b) 8sinx.cosx.cos2x = —1<> 2sindx = -1
@ Vi du 2: Gii cac phuong trinh sau:
a) 2cos’x—1=10 b) sinx + sin2x + sin3x = 0 ¢) sinx + cosx = 1
Huéng dan gidi:
a) 2cos’x —1 = 0< cos2x =0
b) sinx + sin2x + sin3x = 0 < sin2x(2cosx + 1) =0
¢) sinx 4 cosx = 1< /2sin (x + %) =1
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@. PT bic haidoi véi mot ham sé luong gidc
@. Pinh nghia: PT bac hai doi voi mot HSLG la PT c6 dang: at® + bt + ¢ = 0;
trong dé a, b, ¢ la cdc hing s6 (a #0), t la mot HSLG.

QVidu:
a) 2sin?x + 3sinx — 2 = 0 b) 3cos?x — 5eosx + 2 =0
¢) 3tan’x — 2/3tanx + 3 =0 d) 3cot?x — 5eotx —7 =0

@. Cach giai
e Ddtt = sinx (cosz, tanz, cotx)
o Duavée PT:at’ +bt+c=10
e Chiigj: Néu dat t = sinx (cosz) thi can c6 diéu kien—1<t< 1

= gi —1<t<
a) 2sin?x + 3sinx — 2 = 0< {;tz j_m;;_ , _10_ t<1

b) 3cos’x — beosx + 2 = 0<> {th C—O;);’.p ; _10_ t<1
) {t = tanx
t = cotx
d) {3t2—5t—7=0

®. Bai tap ap dung:

Giai céc phuong trinh sau: Huéng dan giai:

a) 251n2§+ ﬁsing— 2=0

b) 2cos™ —3cosx + 1 =0 t= 1n— —-1=<st=<1

¢) cos’x +sinx+1=0 2t2+\f_t—2—0

d) +3tan’ — (1 + v3)tanx + 1=0 {t =cosx, —1<t<l1
2t2-3t+1=0
{t—smx -1<t<1

t2+t+2=0

t = tanx
{\/§t2—(1+\/§)t+1=0

St-bs: FB: Duong Hung - Lién hé Word xinh Zalo: 077/,860155 66



Tai liéu giang day, hoc tap Lép 11 nam 2021— FB Duong Hung

St-bs: FB: Duong Hung - Lién hé Word xinh Zalo: 0774860155

67



Tai liéu giang day, hoc tap Lép 11 nam 2021— FB Duong Hung

©.rT bac nhét dbi vdi sinx va cosx
®. Cong thic bién doi biéu thic asinz + becosz
® Sinx + CoSX = \/Esin (x + E): \/icos (x = E)

® SINX — COSX = \/_sm (x = —): \/_cos (x + )
o asinx+bcosx=va? + b2 sin(x+a)
o v4i coso. = \/ﬁ, sinoL = T

@. PT dang asinx + bcosx = c

* Néu a = 0, b # 0 hoac a#0, b=0 thi dua vé PTLG co ban.
¢ Néu a# 0, b # 0 thi dung cong thiic bién ddi & trén dua vé PTLG co ban.

o\ ‘A ’ ‘A 2
+ Dicu kién c6 nghiém: a? + b” > ¢?

@ Cdch gidi: Chia hai vé cua (1) cho va? + b°, ta dugc

e (e \/—smx + \/—cosx = \/ﬁ
2 2 sing =
. Vl( ) +( i ) = 1 nén ta dit a2+b
Va2+p2 Va2+p2 cosg =
va 2+b

e Phuong trinh tré thanh:sinxsing + cosxcosgp = W & cos(x — @) = m

] = ; 3 b4 2 c9 .
e Ditcosa = Tt ta dugc phuong trinh luong giac co ban giai dugc.
®. Bai tap ap dung:

Giai cac phuong trinh sau:

a) sinx + v3cosx = 1 Hudng dan giai:
b) /3sin3x — cos3x =2
c) 3cosx + 4sinx = -5 a) < 2sm(x + ) 1
d) 2sin2x —2cos2x = V2 b) < 281n(3x _ E) _
6

¢) < cos(x + a)

d) si (2x—§)=

" 3
-1, v6i cosa = P

N | = 1
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Phan dang bai tap ]

(D. Dang 1: Phuong trinh bac nhit theo 1 ham sé ludng giac

Cau 1: Phuong trinh 2sinx — 1 = 0 ¢6 tap nghiém la

@.S={E+k2n;5—”+k2n,kez}. .s={f+k2n;—2—”+k2n,kez}.
6 6 3 3
©.s={f+k2n;—f+k2n,kez}. @.s={1+k2n,kez}.
6 6 2
Loi giai
) . x=%+k2n
Ta co: 2sinx —1 = 0 © sinx = = © sinx = sin- & o keZ.
2 6 x==—+k2m
Cau 2: Phuong trinh cotx + \/5_’ = 0 c6 cac nghiém la
@.x=§+k.2n (keZ). .x=%+k.1r (keZ.
©.x=—§+k.2n (keZ). @.x=—§+k.n (keZ).

Lai giai
Ta co: cotx ++/3 = 0 & cotx = —/3 & cotx = cot(—g) S x = —%+ k.t (keZ).
Cau 3: Phuong trinh sinx = cosx c6 sd nghiém thuoc doan [—m; ] 1
®. 3. ®. 5. ©. 2. @. 4.
Loi giai
Ta co sinx = cosx © tanx =1 & x = %+krr, (k€Z).

Theo dé x € [—m; n]@—n§%+kngn@_ <k<

E N R
Sl w

Mak €Z =k € {—1; 0}.
Vay c6 2 nghiém thoa yéu cau bai toan.
Cau 4: S6 nghiém trén doan [0; 2] ctia phuong trinh sin2x — 2cosx = 0 1
®. 4. ®. 3. ©. 2. @. 1.

Lai giai

Ta co: sin2x — 2cosx = 0 © 2sinxcosx — 2cosx = 0 © 2cosx(sinx—1) =0

[C9sx=°@x=f+kn,kez.
sinx = 1 2
Nghiém trén doan [0; 2] ting v6i 0 < §+ kr < 2n o —% <k< %
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Vik€Znénchonk=0,k=1.

Vay trén doan [0; 2] phuong trinh da cho c6 2 nghiém.

(2. Dang 2: Phuong trinh bac 2 theo mot ham sé ludng giac

X]. Bai tap minh hoa:

Cau 1: Nghiém ctia phuong trinh lugng gidc: 2sin®x — 3sinx + 1 = 0 thoa diéu kién 0 < x < g la

®. x== ®. x == ©.x== @.x=Z
6 2 3 6
Loi giai
I
[x = 5 + k2n
sinx = I T
2sinx —3sinx +1=0& | . leox=ctkin ke
sinx = = 6
2 | _5m
lx =% + k2n
Vio£x< %nén chi c6 nghiém x = %‘
Cau2: Tap nghiém S ctia phuong trinh cos?x — 3cosx = 0 1a
®.s={-7}. ®. 5 = {3+ k2m k €z},
2 2
T T
©.5s={3} ©.5={S+knkem}
Loi giai
Chon D
2 cosx =0 n
cos“x — 3cosx =0 o _ ox=—+kn k€.
cosx = 3(L) 2
Cau3: Tap nghiém cua phuong trinh sin?x — 5sinx + 4 = 0 1a
@.s={§+k2n,kez}. ®. S = {k2m, k € 7).
©. s = {km k € 7. @.s={§+kn,kez}.
Loi giai
Ta c6: sinx — 5si +4_0@[sinx=1
a co: sin“x — 5sinx = sinx = 4 (L)

Sinx=1@x=§+k2n,k€Z.

Cau4: Tong cac nghiém thudc khoang (0; ) clia phwong trinh 2cos?5x + 3cos5x — 5 = 0 la
b4 6T 3 9
®.z ®. ©. ®.2"
Lai giai
cosSx =1

5 esyr—krex=Trer
cosSx=—E(L) XS Rem X =5

2c0s?5x 4+ 3cosbx —5=0 & [

. A 5 N ’ ‘n ) ~ N 21 41
Vi x thudc khoang (0; ) nén c¢6 2 nghiém théa man la x = X ==

Viy tong cac nghiém bang 6?”.
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3. Dang 3: Phuong trinh a.sinx+b.cosx=c

X]. Bai tap minh hoa:

Cau 1: Nghiém cua phuong trinh cosx + sinx = 1la

®[x=%+kn [x=§+k7r ©[x=§+k2n ®[x=§+k2n

x =kn x = k2w x = k21 x =km

L&i giai

Tac()cosx+sinx=1@\/§COS(X_%):1@COS()C_%):_

V2
s s

x—,=,tk2n [x——+k27r
< T T A € 7.

X—Z=—Z+k2ﬂ' x = k2w

Cau 2: Nghiém cua phuong trinh sinx + v/3cosx = V2 1a
@.x=—2+k2n;x=3—n+k2n. .x=—£+k2n;x=5—n+k2n.
4 4 12 12

©.x=g+k2n;x=2§+k2n. @.x=—§+k2n;x=—%ﬂ+k2n.

Loi gidi

.. 1, V3 V2 T, LT .
Ta c6 sinx + \/§cosx = \/i = Esmx + ?cosx = - = cos;smx + smgcosx = smz

. . x+§=%+k2n x=—1—n2+k27r
(:)sin(x+—)=sin—<:> =3 (k€Z)
3 f I =E 4k |2 +3=2

Ciu 3: Tim sb nghiém x € [— 3771; - g) cua phuong trinh \3sinx = cos (3771 - Zx)?

@. 4. ®. 3. ©. 1. ®. 2.
Loi giai
Ta co:
3
\/_smx = cos (7 — 2x> = \f_smx +sin2x =0 \/_smx + 2sinxcosx = 0
[x = km
sinx = 0 Ix—s—n+k2n
@sinx(\/g+ 2cosx)=0<:>[ (57T><:>| T 6 ke,
COSX = COS 3

5w
lx vy + k2w

+ Ta co:
e T o L e LT e s ok ez
x=r 2 2) 2 =S TS 2= 2 (do ):
Ly e[ T ") 3T O o< —Fe Mo ok
x= T TR 2 = Ts73 12° 12
= —1(do k € 7).
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LN P I D L P DI P I
*TT% T 2’ 2) 2 =6 TSy 12512
= 0(do k € 7).

Vay phuong trinh \3sinx = cos (%ﬂ - Zx)c() 3 nghiém x € [— 3?71; - %)

@. Dang 4: Phuong trinh lugng giac cé chita tham sb.

X]. Bai tap minh hoa:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Diéu kien dé phuong trinh: 3sinx + mcosx = 5 vo nghiém la

@{mﬁ‘? ®. m > 4. ©. m < —4. ®. -4 <m< 4.
m =4

Loi giai
Phuong trinh 3sinx + mcosx = 5 v6 nghiém khi vi chikhi 32 + m? <52 e m? <16 ©
—4 <m<4.

Tap hgp tat ca cac gia tri ciia m dé phuong trinh (m + 1)sinx — 3cosx = m + 2 c6 nghiém
la
@. (3; 4»). ®. (—; 3). ©. [3; +0). ®. (—o; 3].
Lo giai
Phuong trinh c¢6 nghiem khi (m +1)2+32>(m+2)? © -2m> -6 © m < 3.

biéu kién ctia m dé phuong trinh msinx — 3cosx = 5 ¢6 nghiem la.

®. m > 34. ®. -4<m<4 ©.2§;4 ®. m=>4.

Loi giai
Diéu kién c¢6 nghiém ctia phuong trinh 1a: msinx — 3cosx = 5 1a

m< —4

2
m +9225@[m24

Tim tat ca cic gia tri ctia tham s6 m dé phuong trinh 2sin?x + msin2x = 2m vo nghiém?

m<o0 4 4 m<20
®'m2§ QOSms; ©O<m<; @.m>?

Loi giai.
Ta c6: 2sin’x + msin2x = 2m © msin2x — cos2x = 2m — 1 (1)

Diéu kién phuong trinh (1) vé nghiemla: m? +1 < 2m—-1)? e 3m?-4m >0 &
m<0
m>2

3

m<0
m>24 thi phuong trinh trén v6 nghiém.
3

Vay v6i

C6 bao nhiéu gia tri nguyén ctia tham s6 m thuoc doan [0;10] dé phuong trinh
(m + 1)sinx — cosx = 1 — m ¢6 nghiém.
®. 21. ®. 18. ©. 20. @. 11.

Loi giai
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Phuong trinh (m + 1)sinx — cosx = 1 — mc6 nghiém
Sm+12+(-1)?21-mPeom=—1

Vim nhan gia tri nguyén thuoc doan [0; 10] nén c6 11 gia tri m thda man yéu cau bai
toan.

@ Bai tap ren luyén ]

Cau 1: Trong cac phuong trinh sau phuong trinh nao c6 nghiém:
®. Bsinx=2. ®. %cos4x=%.

©. 2sinx+3cosx=1. ®. cot’x—cotx+5=0.

Cau 2: Tim nghiém ctia phuong trinh 2sinx-3=0.

X = arcsin (%) +k2x
®. xed. ®. (keZ).

X = ;r —arcsin (%) +k2x

X = arcsin (%) +k27
©. (keZ). ®@. xeR.

X = —arcsin (%j +k2x

Cau 3: Nghiém ctia phuong trinh sin® x—4sinx+3=0 1&

@.xz—%+k27r,keZ. ®. x=r+k2r,keZ
©.x=%+k2z,kez. ®. x=k2r, kel
Cau 4: Phuong trinh nao sau day voé nghiém?
@. tanx=3. ®. sinx+3=0.
©. 3sinx—-2=0. ®. 2cos’x—cosx—-1=0.

Cau 5: Giai phuong trinh 3sin® x—2cosx+2=0.

®. x=%+k7r,keZ. ®. x=kn,keZ.
©. x=k2r,keZ. ®. x=%+k27r,keZ.

Cau 6: Nghieém ctia phuong trinh lugng giac sin® x—2sinx =0 c6 nghiem la:

®. x=k2r. ®. x=kr. ©. x=%+k7r. . x=%+k27r.

Cau 7: Nghiém clia phuong trinh 2sin” x —3sinx+1=0 thoéa diéu kién: 0 < x < % )

Vs Vs T Vs
®. x==. ®. x==. ©. x==. @. x=-=.
6 4 2 2
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Nghiém duong bé nhat ctia phuong trinh: 2sin® x+5sinx—3=0 la:

®. x=Z. ®. x=Z. ©. x=Z. ©. x=2Z.

6 2 2 6
Phuong trinh cos2x+4sinx+5=0 ¢6 bao nhiéu nghiém trén khoang (0;107) ?
®. s. ®. 4. ©. 2. @. 3.
Phuong trinh luong gidc cos” x+2cosx—3=0 c6 nghieém la:
®. x=k2x. ®. x=0. ©. x =%+k2ﬂ'. ®. Vo6 nghiem.

Cho phuong trinh: cos2x+sinx—1=0 (*).Béng cach dit s =sinx (—-1<7<1) thi phuong
trinh (*) tré thanh phuong trinh nao sau day?
®. 2 +t=0. ®. £ +t-2=0. ©. 2 +t-2=0. ©. > +t=0.

Tim tong tat ca cac nghiém thudc doan [0;107[] clia phuong trinh sin® 2x+3sin2x+2=0.

® 1057 ® 1057 © 2977 ®, 297
2 4 4 4

S6 nghiem ctia phuong trinh 2sin® 2x+cos2x+1=0 trong [0;20187[] la
®. 1009. ®. 1008. ©. 2018. ®. 2017.

Tim nghiém ctia phuong trinh lugng gidc cos® x —cosx =0 théa man diéu kien 0<x < 7.

®. x=Z. ®. x=0. ©. x=r. @. x==Z.
2 4
Nghiém ctia phuong trinh 3cos*x =— 8cosx -5 12
®. x=krx. ®. x=rz+k2r. ©. x=k2r. ®. x=i%+k27z.
Giai phuong trinh 2sin® x++/3sin2x =3
®. x=-Zikr. ®. x="1kx. © x=2—ﬂ-+k7z ®. x—s—ﬂ+k7r
3 3 3 3
Giai phuong trinh sin® x +sin’ xtan® x = 3.
.x=i€+ . .x=ig+ 2r . x=i;+ T .x=+§+ 2r
® T ik T ik © Z ik ®) Z ik

Giai phuong trinh 4(sin4 x+cos’ x) =5cos2x.

®. x=+Zykr. ®. x=+ X457 ©. x=2+ 245 @. x=+Z45
6 24 2 12 2 2
. N 4x 2
Giai phuong trinh cos? =cos’ x.
x=k3r x=krx
x=k3rx x=k3rx
©. ®.

®. x=i%+k37z . ®. x=i%+k7z.

x:is—”+k37r
4

x:is—”+k7r
4

x=+Z1i3n
4

x:is—”+k3;z'
4
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Cau 20: Nghiém cta phuong trinh: sinx+cosx =1 14

x=k2rx x:%+k27r

®. x=k2r. ®. ©. x=%+k27z. ®.

7[ .
x_5+k2” x=—%+k27z

Cau 21: Phuong trinh 2sin® x + JBsin2x =3 ¢6 nghiém la

®. x=£+kiz. ®. x=2—”+kiz. ©. x=4—ﬁ+k7r. ®. x=5—”+k7r.
3 3 3 3
Diéu kién c6 nghiém ctia pt a.sin5x+b.cos5x=c 1a
Cau 22: ®. a®+b*>> . ®. o®+b> <. ©. *+b* > . ®. *+b* <.
Cau 23: Trong cac phuong trinh sau phuong trinh nao c¢6 nghiém:
®. \/gsinx=2. ®. %cos4x=%.

©. 2sinx+3cosx=1. @®. cot’ x—cotx+5=0.
Cau 24: C6 bao nhiéu s6 nguyén m dé phuong trinh 5sinx—12cosx=m c6 nghiém?
@. 13. ®. Vo sb. ©. 26. @. 27.
Cau 25: Gia tri 16n nhat, nhé nhat ciia ham s6 y=sinx +sin(x+§) bing « va b. Khi d6

S=a+b+ab cb gia tri bing

®. 3 ®. 2 ©. -3 ®. -3

Cau 26: Cho phuong trinh 2msinxcosx+4cos’x=m+5, v6i m la mot phan tit ciia tap hgp
E= {—3;—2;—1; 0;1;2} . C6 bao nhiéu gia tri cia m dé phuong trinh da cho c6 nghiem?
@. 3. ®. 2. ©. 6. ©. 4.
~ 2 . _ kY4 ) . . kY4 .
Cau 27: S0 nghiém thudc —7;—77 clia phuong trinh \/§SIle =cos o 2x | 1a:
@. 3. ®. 1. ©. 2. ©. 0.

Cau 28: Nghiém ctia phuong trinh sinx+~/3 cosx =42 la:

@. x=—£+k27r;x=5—”+k2ﬂ. ®. x=—£+k27r;x=3—”+k27z.
12 12 4 4
©. x=%+k27r;x=2§+k27r. ®. x=—%+k2ﬂ;x=—5—ﬂ+k27r.
Cau 29: Tim gia tri nguyén 16n nhéat ctia a dé phuong trinh asin® x+2sin2x+3acos’ x=2 ¢o
nghiém
®. a=3 ®. a=2 ©. a=1 ®. a=-1
Cau 30: Nghiém cua phuong trinh cosx+sinx =1 la:
@. x=k27r;x=§+k2ﬂ. ®. x=k7r;x=—%+k27r.
©. x=%+k7r;x=k27r. ®. x=%+k7r;x=k7r.

Cau 31: Tim tat ci cac gia tri ctia tham s6 m dé phuong trinh m sin§+ cosg =+/5 ¢6 nghiem.
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Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

>2 >2
®. "7 . ® " . ©. 2<m<2. ®. 2<m<2.
m< -2 m< -2
Phuong trinh (\/5 - l)sinx - (\/5 + 1)cosx +~/3-1=0 ¢6 cac nghiém la:.
x=—£+k27z x=—£+k27z x=—£+k2ﬂ x=—£+k27r
®. 4 . ®, 2 . ©. 6 . 0. 8
x=£+k27r x=£+k27r x=£+k2ﬂ x=%+k2ﬂ'

Tim s6 cac gia tri nguyén ctia m dé phuong trinh mcosx—(m+2)sinx+2m+1=0 c6

nghiém.

®. 0 ®. 3 ©. vosb @. 1
Nghiém ctia phuong trinh V3sinx+cosx=0 la:

®. x=—%+kﬂ'. ®. x=—%+kﬂ'. ©. x=%+kﬂ'. . x=%+kﬂ'.

Tinh tdng tat ci cac nghiem thuoc khoang (O;iz) cta phuong trinh:
V2 cos3x =sinx+cosx.

®. Z. ®. 37. ©. L. . .
2 2
C6 bao nhiéu gia tri nguyén ctia tham s6 m thuoc doan [—10;10] dé phuong trinh
sin[x —gj —f3cos (x—%j =2m vo nghiém.
@. 21. ®. 20. ©. 18. ®. 9.

Cho phuong trinh msinx+4cosx=2m—5 v6i m 1a tham s6. C6 bao nhiéu gia tri nguyén
ctia m dé phuong trinh c6 nghiém?

®. 4. ®. 7. ©. 6. ®. 5.

Phuong trinh: 3sin3x+ V3 sin9x =1+4sin’3x c6 cac nghiém la:

T 27 T 2r T 27 T 27

xX=——+k— X=——+k— X=——+k— =——+k—

@ 6 9 9 9 © 12 9 ® 54 9
T 2 T 27 T 27 T 27
x=—+k— x=—+k— xX=—+k— x=—+k—
6 9 9 9 12 9 18 9

Tim tat ca cac gia tri clia tham s6 m sao cho phuong trinh sin§+(m —1).005% =5 vo

nghiém?
®. m>3 hoac m<-1. ®. -1<m<3.
©. m>3 hoac m<-1.0. -1<m<3.

Ham s6 y = 2s1n 2x+c0s2x 6 tat ca bao nhiéu gia tri nguyén?
sin2x—cos2x+3
@. 1. ®. 2. ©. 3. ®©. 4.

Tong tat ca cac gia tri nguyeén ctia m dé phuong trinh 4 sin z + (m — 4) cost—2m—+5=0

c6 nghiém la:
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Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

®. 5 ®. 6 ©. 10 ®. 3
Tim m dé phuong trinh msinx+5cosx=m+1 c6 nghiem.
®. m<12. ®. m<6 ©. m<24. ®. m<3.

Vi gia tri 16n nhat ctia a bing bao nhiéu dé phuong trinh asin’® x + 2sin 2x + 3acos® x = 2
¢6 nghiém?

®. 2. ® U ©. 4. ©. %
3 3
Dé phuong trinh msin 2x + cos2x =2 ¢6 nghiém thi m théa man
>/3 22
®. m<1. ® ">V o |">V ®. m=>1.
m<—3 m<—/2
N 2 < . , . T T
Tim m de phuong trinh 2sinx+mcosx =1—m c6 nghiém xe[—z;z}
®. -1<m<3. ®. —%Sm. ©. 1<m<3. @.mS%.
Tim tat ci cac gia tri ctia tham s6 m dé phuong trinh 2sin’x + msin2x = 2m vo nghiem?
m<0 4 4 m<0
@. 4. ®. 0<m<—. ©. 0<m<—. ®. 4.
m>— 3 3 m>—
3 3
Diéu kien dé phuong trinh m.sinx—3cosx =35 c6 nghiem la:
<-4
®. m>4. ®. 4<m<4. ©. m>+/34. o """,
m=>4
Tim m dé phuong trinh m = cosx+2s.1nx+3 c6 nghiém.
2cosx —sinx+4
®. 2<m<0 ®. 0<m<1 ©. Z<m<2 ©. 2<m<-1

11

Dé& phuong trinh: sin® x+2(m+1)sinx—3m(m—2)=0 c6 nghiem, céc gia tri thich hop clia

tham s6 m 1a:

2.

®.

1<m<2 1

1
<m<= 2<m<-1
®. ms= ©[ m

-1<m<1
13<m<4

IA W | —

m<3

Cho phuong trinh: sinxcosx—sinx—cosx+m=0, trong d6 m 1a tham s6 thu©. Dé phuong
trinh ¢6 nghiém, cac gia tri thich hgp ctia m 1a

@. —23m£—%—«/§. ®. —%—\/ESmSI.

©. 13ms%+\/§. ®. —%+\/§Sm31.

DAP AN
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20 21 22 23‘24‘25‘26 27 28‘29‘30‘31‘32 33 34 35 36 37 38 39 40

HUONG DAN GIAI

Cau 1.
Loi giai
Chgn C
Phuong trinh 2sin x+3cosx =1c6 2> +3% >1>. Vay phuong trinh 2sin x +3cos x = 1 c6 nghiém.
Cau 2.
Loi giai
Chon A

Taco: 2sinx—-3=0<sinx= % >1 nén phuong trinh v6 nghiém.

Cau 3.
Lai giai
Chgn C
. . sinx =1
sin“x—4sinx+3=0& | .
sinx =3
Véi sinx =1 <:>x=%+k27r, keZ.
Vi sin x =3 phuong trinh vo nghi¢m.
Cau 4.
Lai giai
Chon B

Ta co: —1<sinx <1 nén phuong trinh sinx+3 =0 < sinx=-3 v0 nghiém.
Cau 5.
Loi giai
Chgn C
Taco 3sin® x—2cosx+2=0 <:>3coszx+2cosx—5=0:>cosx=1<:>x=k27r,keZ.

Cau 6.
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Loi giai
Chon B

sinx=0

Ta cé sin® x—2sinx =0 < sinx(sinx-2)=0<| )
sinx =2

Vi —1<sinx <1 nén chi ¢6 sinx =0 théa man. Vay ta co

sinx=0<x=kr, (keZ).

Cau 7.
Lai giai
Chgn A
x:£+k27r
. 2
sinx =1
2sin’ x - 3sinx+1=0 & 1 x="sion (keZ)
smsz 6
x:5—”+k27r

Vio<x< % nén nghiém cua phuong trinh la x = %

Cau 8.
Lai giai
Chgn A
sinx = -3
2sin’ x+5sinx-3=0& 1
sinx =—
2
x:£+k2ﬂ
) 1 6
<:>smx:5<:> s .
xX=—+k2rx
6
Cau 9
Loi giai
Chon A
., ) sinx =-1 T
PT di cho < —2sin’ x+4sinx+6=0 & | | o x=—=+k2z,(keZ).
s1nx=3(VN)

Theo dé: xe(O;lOﬁ):>O<—%+k27z<107r <:>%<k<%.
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VikeZ nén ke {1;2;3;4;5} . Vay PT da cho ¢6 5 nghiém trén khoang (0;107[) .
Cau 10.

Loi giai
Chon A

Ta co cos’ x+2cosx—3=0. Pat cosx =1 v&i diéu kién —1<¢ <1, ta duoc phuong trinh bac hai theo ¢

la

£ +2t-3=0.(%)
Phuong trinh (*) c6 hai nghiém ¢, =1 va ¢, = -3 nhung chi c6 #, théa man diéu kién. Vay ta c6
cosx =1 x=k2r, (keZ).

Cau 11.
Loi giai
Chon A
cos2x+sinx—1=0«<1-2sin’ x+sinx—1=0< —2sin* x+sinx=0= 2> +¢=0.
Cau 12.
Loi giai
Chon A

sin2x=-1

Ta co: sin”*2x+3sin2x+2=0 @{ & sin2x=-1 <:>x=—%+k7r, kelZ.

sin2x =—-2 (loai)
A s T 1 41
Theodébai: 0<——+k7r <107 & —<k<—=k=12,..10.
4 4 4
Viy tong cac nghiém la: S=3—7z+ 3—7[+7z +..+ 3—7[+97z =@.
4 4 4 2
Cau 13.
Lai giai
Chgn C

Tacéd 2sin’ 2x+cos2x+1=0 c:>2(1—cos2 2x)+cos2x+1:0 < 2c0s8* 2x—cos2x—-3=0

cos2x =-1

3 :>cos2x=—1c>2x:7z+k27r(keZ)<:>x:£+k7r
c052x=5(k0t/m) 2

Dé x€[0;20187] :OS%+kﬁ£20187r,keZ <:>—%sksZOl8—%,k eZ
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=ke[0;2017),keZ.

Khi d6 phuong trinh c6 2018 nghi¢m.
Vay chon dép an C.

Cau 14.
Loi giai
Chon @.
T

cosx=0 =—+k
Ta co coszx—cosx=0<:>[ rE T (keZ)

cosx=1

x=k2m

, . T N T
Véi x=5+k7r,d0 0 < x <7 nén ta duoc x=5.

Voi x=k2m,do 0<x <7z nén khong cd x nao thoa man.

Cau 15.
Loi giai
Chon B
cosx =—1
3cos’x=—8cosx—5 < 3cos’x+8cosx+5=0<= 5 o x=n+k2n(kel).
cosx=——<-1
3
Cau 16.
Lai giai
Chon B

Ta co 2sin2x+\/§sin2x=3 <:>1—cos2x+\/§sin2x=3

< A/3sin2x—cos2x=2 @%sin2x—%cos2x=l

osin|2x-Zstew-Z-" i rex=Sx1kr.
6 6 2 3

Cau 17.
Lai giai
Chgn C

bK: cosx¢0<:>x¢%+k7r.

. . 5 sin® x +sin’ x cos® x
sin“ x+sin” xtan" x =3 <

- =3<:>sin2)c(sin2x+c0s2 x)=3coszx
cos® x

c>tan2x=3<:>tanx=i\/§c>x=i%+k7z (tm).
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Cau 18.
Loi giai
Chgn A

4(sin4 x+cos? x) =5c082x & 4(1—2sin2 xcos? x) =5co0s2x

< 4—2sin? 2x=500s2x(:}4—2(1—cos2 2x)=5(:052x<:>2(:os2 2x—5c0s2x+2=0

costz% 082X =cos L > 2=t itk > x =2 vk,
cos2x=2 () . °
Cau 19.
Lai giai
Chon A

4x 1+cos2x

cos 2 _ cos® x <> cos 2 = 2005225 —14cos3. 2%
3 3 2 3 3

2 l 2 2 2 2 2
220082 21| =1+4cos* ZE—3cos 2L o dcos’ X —dcos? ZE—3cos 4320
3 3 3 3 3 3
[2x i
2x ?_k27r x=k3x
cos—=1 5
o X ko o |x=+Z1i37 .
2x 3 6 4
S =E o sz 5z
3 L e Y x=t—+k3x
3 6 L 4
Cau 20.
Lai giai
Chon B
sinx+cosx:1<:>\/5sin(x+%j:1
x+ 2= kon x=k2m
<:>sin(x+£):L© 4 4 T .
4 ﬁ x+£=7z—£+k27z x=5+k27z
4 4
Cau 21.
Lai giai
Chgn A

Phuong trinh twrong duong J3sin2x —cos2x =2

<:>sin(2x—£j=1<:>2x—£=1<:>x=£+k7z
6 6 3
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Cau 22.
Loi giai
Chon A
Ap dung cong thirc diéu kién dé phuong trinh bac nhat voi sin va cos ¢6 nghiém
Cau 23.
Loi giai
Chon C
Phuong trinh 2sin x+3cosx =1c6 2> +3> >1>. Vay phuong trinh 2sin x +3cos x =1¢6 nghiém.
Cau 24.
Loi giai
Chon D
Phuong trinh 5sinx—12cosx =m c6 nghiém khi va chi khi 5% + (—12)2 >m’ < m* <169
& -13<m<13.
Suy ra c6 27 sb nguyén m dé phuong trinh 5sinx—12cosx=m c6 nghiém.
Cau 25.
Loi giai
Chgn C

. . I . 3 3. 3
Tacd y=sinXx+—sinx+——CcosX = —sinXx + —cosx .
2 2 2 2

Goi y, la mot gia tri cua ham s6 khi d6 phwong trinh Vo = %sinx +73cosx c6 nghi¢m khi va chi khi

9 3 12
21l Z o BBy <AB.
0 YTd T, Yo

Suy ra a=—3,b=43 Vay S=a+b+ab=-3
Cau 26.

Loi giai
Chon A

l+cos2x

Tacod 2msinxcosx+4cos’ x =m+5 < msin2x+4 m+5

< msin2x+2cos2x=m+3.

Phuong trinh trén ¢6 nghiém khi va chi khi m* +4 > (m + 3)2 S m< _?5

Vay c6 ba gia tri cia m € E dé phuong trinh dd cho c6 nghiém.

Cau 27.
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Loi giai
Chgn C

Ta co \/gsinx:cos(%[—ZxJ < 3sinx =sin(2x—7)

< +/3sinx=-sin2x < \/gsinx=—2sinxcosx

sinx=0 x=krx
& o kel
COSX=———= 35—7[ _i%r+k27r( )
Baira xe{—— —7[i| nén k;ze{——,—ﬁ}:k:—lzx——ﬂ
5—”+k2 |:——,—7Z':|:>k=—1:>x=—7—ﬂ-

——+k27ze{—377[;—7r}3ke@:>xe®.

Do d6 s6 nghiém thudc {—37”;—7;} cua phuong trinh da cho 1a 2.
Cau 28.
Loi giai

Chgn A

. 1 . \/5 2 T . T . T
sin x + 3cosx=\/§ <:>Es1nx+7cosx=7<:>c0s§.s1nx+s1n§.cosx:smz

x+£=£+k2ﬂ' x:—£+k2ﬂ'
<:>sin(x+§):sin%<:> 3 ;‘ o 512 (keZ).
x+£:—”+k27r x=—ﬂ+k27z
3 4 12
Ciu 29.
Loi giai
Chon B

1-cos2x l+cos2x

asin2x+2sin2x+3acoszx=2@aT+2sin2x+3a 2

& a—acos2x+4sin2x+3a+3acos2x =4 < 4sin2x+2acos2x=4—4a (*)

(*) c6 nghiém khi 4% +4a® > (4—4a)” = 124* ~32a <0 <124 ~32a <0 = 0<a<®.

W

Do aeZ valasd1énnhdtnén a=2.
Cau 30.
Loi giai

Chgn A
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x+£=£+k2ﬂ'
4 4

cosx+sinx=1 <:>\/§sin(x+£):l<:>sin(x+£j:£<:>
4 4 2 7T 3x

X+—=—+k2r
4 4

L&i giai

Chon A

) mz2
Diéu kién c6 nghiém ctia phuong trinh 1a: m® +1° > \/52 om 24 { <5
m< —

Cau 32.

Loi giai
Chon B

Phuong trinh twrong duong (\/gsinx—cosx)—(sinx— 3cosx)+\/§—1:0
<:>2sin(x—£j—2sin£x+£):1—\/§<:>4cos(x+£].sin(—£):1—\/§
6 3 12 3
T \/5—1 T S
&Seos| x+— |=——— S cos| x+— |=cos| —
12) 242 12 12

x=-Z+ikor
- 2
x=Zykox
3

Cau 33.
Loi giai
Chon D

Phuong trinh c6 nghiém khi va chi khi:

m2+(m+2)22(2m+1)2<:>2m2—330<:>— <m<

BB
2 2

Vay c6 1 gié tri nguyén.

Cau 34.

Loi giai

Chon A

\/gsinx+cosx:0<:>§.sinx+%.cosx:0<:> sin(x+%j:0 <:>x+%=k7r<:>x=—%+kﬂ(k62).
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Cau 35.
Huéng din giai
Chgn C
X=——+kr
, . T
Ta c6: \2 cos3x =sin x+cosx < cos3x=cos(x——j = (keZ).
4 V4 V4
xX=—+k—
16 2
Vi xe(O;;r) nén nhan x=7—ﬂq leﬁ x=9—ﬂ.
8 16 16
Cau 36.
Loi giai
Chgn C
2 <-1
Phuong trinh vo nghiém <> 1° +(—\/§) < (2m)2 S4m' -4>0 {m .
m>
#ﬁlo])m e{-10;-9;-8;...;-2;2;...;8;9;10} ——> c06 18 gia tri.
Cau 37.
Loi giai
Chon C
Didu kién dé phuong trinh msinx +4cosx =2m—5 co nghi¢ém la
m’ +16> (2m—5) < 3m’ - 20m+9<0 < 10_3\% <m< 10+3\/ﬁ.
Vay me{1,2,3,4,5,6}.
Cau 38.
Loi giai
Chgon D
Ta c6 3sin3x++/3cos9x =1+ 4sin’ 3x < (3sin3x—4sin3 3x)+ 3cos9x =1
1 ox+Z="+1k2r x:—£+k2—”
&> sin9x ++/3 cos9x =1 <> sin o+ X =2 & 3.6 4 9
3 T Sz T k2rx
OX+—=—+k2x X=—+—
3 6 18 9
Cau 39.
Loi giai
Chon D
Phuong trinh sing +(m- 1).cos§ = /5 vo nghiém khi
a’ +b’ <c2<:>1+(m—1)2 <S5eom-2m-3<0s-l<m<3.
Cau 40.
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Loi giai
Chon B

2sin2x+cos2x
Taco y= < (y—2)sin2x—(y+1)cos2x =-3y..
4 sin2x—cos2x+3 (y ) (y ) Y

Diéu kién dé phuong trinh ¢6 nghiém < (y—2)2 +(y+1)2 > (—3y)2 &7y +2y-5<0.
5 Lz A . A
&1Ly S;y—)y € {—1;0} nén c6 2 gia tri nguyén.

Cau 41.
Loi giai
Chon A

4sinx+(m—4)cosx—2m+5 =0« 4sinx—|—(m—4)cosx =2m —5.

Phuong trinh ¢6 nghiém khi 4° + (m —4) —(2m —5) >0 & —3m* +12m +7 >0

@6—\/5 6+ /57
3 3

<m <

Vim eZ nénm e {0,1,2,3,4}.

Vay tong tat ca cac gia tri nguyén ciia m dé phuong trinh ¢6 nghiém 1a 10.
Cau 42.
Loi giai
Chgn A
Phuong trinh c6 nghiém < m* +25> (m+1)’ < 2m<24 & m<12.
Cau 43.
Loi giai
Chon D

Ta co:

asin® x +2sin 2x +3acos’ x = 2 < a_l—c;szx L 2sin2x 4 3q LFO082X _

< 4sin2x +2acos2x =4 —4a(*).

Phuong trinh (*) c6 nghiém < 16+4a’ > (4—4a)’ < 124> -32a <0< 0<a < %
Cau 44.

Lai giai
Chon B
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msin2x+cos2x =2

m ) 1 2
= sin 2x + cos2x =
Nm? +1 m® +1 m* +1
2

< sin(2x+a) =

c6 nghiém khi

Cau 45.
Loi giai
Chon A

Pit t = tan>, do xe| -2 % suy ra t €[-11].
2 22

_ 42
Phuong trinh try thanh tim m dé phuong trinh 1 4 + il =1-m c6 nghi¢m thudc doan [—1;1].

m.
+1? 1+¢°

_ 42
4 +m1 ! =1—m<:>m=lt2—2t+%=f(t).

Ta co 5 —
1+¢ 1+1¢ 2

Hoanh d¢ dinh la ¢, =2 loai. Ta co f(—l) =3 va f(l) =-1.
Suyra —1< f(t) <3.Vay ta chon dap an @®.
Cau 46.

Loi giai
Chon D

Ta cod: 2sin’x+msin2x = 2m < msin2x - cos2x = 2m- 1 (1)

m<0

Diéu kién phuong trinh (1) v6 nghiém la: m* +1<(2m—1)’ < 3m’ —4m >0 < 4.
m>—
3

m<0
Vay voi 4 thi phuong trinh trén v6 nghiém.
m>—

Cau 47.
Loi giai

Chgn A

<A “ A A \ . r ‘A \ ms —
Diéu kién dé phuong trinh m.sinx—3cosx=5co nghiémla 3° +m’> =25 < m’ 216 & { S
m>

Cau 48.

Loi giai
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Chgn C

Tacod 2cosx—sinx+4 >0, Vx e R nén

cosx+2sinx+3
m:

- c>cosx+2sinx+3=m(2cosx—sinx+4)
2cosx—sinx+4

<:>(Zm—1)cosx—(m+2)sinx+4m—3=O(1)
Phuong trinh (1) c6 nghi€m khi va chi khi

(2m—1)" +(m+2)" 2 (4m-3) & 11w’ +24m—420<:>12—13m32

Cau 49.

Loi giai
Chon B

Dit t =i 2 ~ o t=-3m sinx =—3m
it t=sinx =t +2(m+1)t 3m(m 2)—0c> B =

t=m-2 smx=m-—2
Dé ph trinh 6 nehiém thi -1<-3m<1 —%Smﬁ%
€ phuong trinh c¢6 nghiém thi o

P s ghe -1<m-2<1

1<m<3

Cau 50.
Lai giai

Chon D

S : -1 o .
bat s1nx+cosx:t(|t|£\/§):> sinxcosx =——. Khi d6 ta ¢6 phuong trinh

* -1

—t+m=0c 17 =2t+2m-1=0(*)

Phuong trinh da cho ¢6 nghiém khi phuong trinh (*) c6 nghiém
A'=2-2m>0

- 2<§=1<\/5 m<1
te[—ﬁ;ﬁ}@ f(—\/z)=1+2\/§+2m20<:> mZ—%+\/§<:> 5
f(V2)=1-2y2+2m >0

—l+ 2<m<l.
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