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LO1 cAM ON

Loi cam on dau tién téi mudn gui téi dai gia dinh Lovebook — gia dinh thir 2 cua toi.
Lovebook da gitp t6i hién thuc hoa duoc uwée mo Viét cudn sach dau tién trong doi (Cudn Bo
dé tinh thy toan 2017).T6i rit mong Lovebook tiép tuc chip canh thém wéc mo cho nhiéu ban
sinh vién nhiét huyét nhu t6i nira. Néu khdng gap Lovebook, ¢4 I8 toi da khong theo dudi Toan
nhu bay gid. Tiép theo, dé hoan thién cudn sach nay toi xin duwoc gui 167 cam on chan thanh va
siu sac nhit toi cac thay cd giéo sau:

1- Thay PANG VIET PONG — Thac si— GV Toan — THPT Nho Quan A, Ninh Binh

Thay Péong da giup toi rat nhidu trong viéc hoan thién phan Bai tap tich phan han ché MTCT.
Ngoai ra, thiy Pong ciing thudng xuyén dong vién, an i tdi trong qua trinh hoan thién sach.
2- Thay CHAU VAN PIEP — GV Toan — THPT Yén Mé A, Ninh Binh

Thay Diép da ludn song hanh cung toi trong qué trinh thAm dinh ndi dung ban thao.

3- Thay NGUYEN THANH GIANG - Gv chuyén Toan - Phé hiéu truéng THPT chuyén Hung
Yén (ra dé s thang 11/2016)

4- Thay PHAM TRONG THU - Gv chuyén Toan - THPT chuyén Nguyén Quang Diéu - Bng
Thap (ra dé sb thang 12/2016)

5- Thady NGUYEN VAN XA - Gv Toan - THPT Yén Phong, Bic Ninh (ra dé s6 thang 1/2017)
6- CO PANG THI QUYNH HOA - Thac si- GV Toéan - THPT Nghén, Ha Tinh. (ra dé sé
thang 2/2017)

7- Thay LE BA BAO cuing céc thay ¢ trong nhém Cau lac bo giéo vién tré - TP Hué.

T6i ludn ngudng mo va tran trong su tam huyét cua thay co trong nhom déi véi cac ban hoc
sinh trén toan quéc.

Tiép theo, t6i cling mudn giri 151 cam on chan thanh nhét t6i cac to chirc, don vi sau da
tao ra nhitng dé thi thir thuc sy chat luong:

1- Céc thay ¢d & S GD — DT Hung Yén

2- Céc thay cd to Toan — THPT chuyén KHTN — Ha Noi

3- Céc thay cd t6 Toan — THPT chuyén Lam Son — Thanh Hoa
4- Céc thay ¢ t6 Toan — THPT chuyén Su Pham | Ha Noi

Néu khéng co ho thi chic chin rang tdi va cac em cua toi s& khdng thé co dugc nhitng
dé thi tha, nhitng bai tap thuc sy chét lugng, sang tao dé lam nhu ngay hém nay!

Ngoai ra, t6i ciling xin duoc gui 151 cam on téi chi Nguyén Huong — thanh vién cua
phong bién tap Nha sach Lovebook. Chi d rat tan tinh huéng dan tdi nhirng ki thuat xir Iy file
word can thiét nhat. Néu khong cé chi thi c6 18 toi da khong thé hoan thanh cudn sach mét cach
bai ban va dep mat.

Cudi cung, t6i xin duoc 16i cam on téi hon 40 000 ngudi em dang follow facebook t6i
(https://www.facebook.com/huyenvu2405) va Mail (huyenvu2405@gmail.com). Néu khdng
¢6 nhitng tin nhin, comment, email d6n nhan tai liéu, tinh cam cua tdi thi c6 18 toi da khong co
du dong luc dé hoan thanh cudn sach nay. Tinh cam va su tin tudng cua ho danh cho t6i di tao
dong luc gilip t6i manh mé, vuot qua nhitng kho khin va la 1am trong quéng thai gian sinh vién
nam Nhét con non nét. Cac em cia toi d tro thanh mot phan khdng thé thiéu trong cudc doi
t6i. Toi biét on cac em réat nhiéu!

Mat lan nita, xin cam on tat ca!
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PESO1
THPT CHUYEN KHTN HA NOI LAN 2

Cau 1: Cho ham s6 y =2x+3v9—x". Gid tri nho
nhat ctia ham s& bang:

A. -6 B. 9 C.9 D.0
Cau 2: Tim tap hop tat ca cac nghiém cua phuong

1 2 x+2
tr‘mh(ZJ =(2\/E) .

) el e

2_
Cau 3: Cho ham s6 y = - Db thi ham 56 6
x_

mdy tiém can?

A1l B.0 C.2 D.3
Cau 4: D6 thi ham sd nao duwdi day khong co tiém
can ngang?

A y=x+yx’ -1 B. y=—

x—1
x+2 xX+2
C. = D, =
Y x-1 y x? -1
Cau 5: Cho ham sO

y=(m-1)x’ +(m—1)x* +x+m. Tim m d€ ham
sO dong bién trén R.
A. m=>24,m<1 B.1<m<4
C.1<m<4 D.
1<m<4
Cau 6: SO nghiém thuc cia phuong trinh
2log, (x—3) =2+log V3-2x la:
A.2 B.0 C.1 D.3
Cau 7: Cho s0 phtc:
:(1+i)2 +(1+i)3 +...+(1+i)22. Phan thuc cta
sO phuec z la:
A. 2" B.-2"+2 C. 2"-2 D.2"
Cau 8: Tap hop cac diém béu dién c4c s phtic z
thoa man phan thuc cta Z—_l bang 0 la duong

tron tam I, ban kinh R (trtr mot diém

):
A. I( iy 1) R—i B. I[— —],R
272 2

cfftllr=t Dlll,R
2'2)7 2 JE

DE THI THU THPT QUOC GIA NAM 2017
Mon: Toan

Thoi gian lam bai: 90 phat

Cau 9: Tim nguyén ham I = I(Zx —1)e’xdx.
A.I=—(2x+1)e"+C B.I=—(2x-1)e™ +C
C. I=—(2x+3)e™+C D. I=—(2x-3)e™ +C
Cau 10: Trong khong gian véi hé toa do Oxyz,
cho mit phang (P) :x+2y—2z+3=0. Khoang
cch tir diém A(1;-2;-3) dén mit phang (P)

bang:

A.2 B. 2 C. 1 D.1
3 3
Cau 11: Trong cac hinh noi ti€p mat cau tam [
bén kinh R, hinh hop c6 thé tich 16n nhat bang:

8 8 Js
A. 2R3 B—R3C—3D\/_R3

Cau 12: Cho ti¢ dién déu ABCD canh a. Tinh
dién tich mat cau noi tiép ti dién ABCD.

2 2

A, g=2dm B. 5=

6

T 5 2

C.S=—u D. S=ma
24

Cau 13: Khoang cach gitra hai diém cuc tri cua d6
thi ham s6 y =%x3 —x* —x—1 bang:
5V2 245 1082 2410
B. C. D.
3 3 3 3
Cau 14: Tim dién tich hinh phéng gidi han boi cac
duong y=(x-1)e",y=x"-1.

A.

A.S=e+§ B.S=e+z
3 3
C.Sze—z D.S:e—§
3 3

Cau 15 Cho hinh chéop S.ABC <o
SA=5B=SC=a,

ASB=60°, BSC=90°, CSA=120°. Tinh thé tich
hinh chop S.ABC.

J2a°

AV = B. V=
12

3 3

c.vz*/i” D.V:\/ia

Cau 16: Cho hinh lap phuwong ABCD.A'B'C'D'
canh a. Tinh thé tich khoi non c6 dinh la tam
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hinh vuéng ABCD va day la duwong tron ndi tiép
hinh vuéng A'B'C'D'.

A V=l B. V=24
12 6
cv=lp D.
4
V:@f
3

Cau 17: Tinh dién tich hinh phéng giéi han boi
d6 thi ham s8 y =(x—1)ezx, truc hoanh va cac

duong thang x=0,x=2.

¢.¢ 3 -
4 2 4 4 2 4
et e* 3 et e 3
4 2 4 2 4

Cau 18: Trong khong gian vdi hé toa do Oxyz,
cho mét cau c6 phuong trinh:
X +yt+z° —2x+4y—-62+9=0.

Tim tAm I va ban kinh R ctia méat cau?

A. 1(-1;2;-3) va R=+5

B. [(1;,-2;3) va R=+5

C. I(1,-2;3) va R=5

D. I(-1;2;-3) va R=5
Cau 19: Tinh dao ham ctia ham s8 y=¢* .

A. y'=2xe" B. y' =x%"

C.y'=xe" ! D. y'=2x¢" !
Cau 20: Trong khong gian vdi hé toa do Oxyz,
cho hai diém A(—l; 2;—4) va B(1;0;2). Viét
phuong trinh duwong thang d di qua hai diém A

va B.

A.d:x—1:y+2:z—4

1 1 3
B.d:x+1:y—2:z+4c

1 1 3
C.d:x+1:y—2:z+4

1 -1 3
D.d:x_1:y+2:2_4
-1 3

Cau 21: Tim tap nghiém cta phuong trinh
4",

4+J§,4—J§} B. {2+J§,2—J§}
—4+J§,—4—J§} D.{—2+J§,—2—J§}

2("‘1)2

A.

—— |l

C.

—_——
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Cau 22: Trong khong gian vo6i hé toa d0 Oxyz,
cho duong thing (d): x-1_y-2_ Z+2. Tinh
1 2 -2

khoang cach tix diem M (—2; 1; —1) toi (d)

NE) 52 2 5

B.— C— D.
3 2 3 3
Cau 23: Tim nguyén ham [ =len(2x—1)dx.
A. I=ﬁ1n|2x—1|+w+c
8 4
B. I=4x2+1ln|2x—1|+x(x+1)+C
4x% 1 x(x+1)

C. I=—lr1|2x—1|——+C
8 4

2 x(x+1
D. I=M1n|2x—l|—g+c
8 4
Cau 24: Tinh thé tich khéi tron xoay khi cho hinh
phang gidi han boi d6 thi cdc ham s8 y = x> —2x
va y=-x" quay quanh truc Ox.
4 4rn 1

A Z B. =X c.t D. =
3 3 3 3

Cau 25: Cho log2 =a;log3="0. Tinh log, 90 theo
a,b.

2b-1 B. b+1 C. 2b+1 D. 2b+1
a+b a+b a+b a+2b
Céu 26: Cho ham s6 y=x" —3x+2017. Ménh dé

A.

nao dwdi day dung?

A.Ham s dong bién trén cac khoang (—oo; —1)
va (1; +oo)

B. Ham s6 dong bién trén khoang (O;+oo)

C. Ham s0 dong bién trén khoang (—oo;O

~~—

D. Ham s6 dong bién trén khoang (—oo;l)
Cau 27: Cho s6 phitc z=2-3i. Tim phan o ctia
s0 phtecc w :(1+i)z—(2—i)2.

A. 9i B. 9 C. -5 D. -5i

) _ox11—x2 €6

Cau 28: Phuong trinh 4% -2
bao nhiéu nghiém dwong?
A.3 B.1 C.2 D.0
Cau 29: Phuong trinh log, (x3 — Zx) =log Ji+x
c6 bao nhiéu nghiém?
A.3 B.0 C.1 D.2
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Cau 30: Tap hop cac diém biéu dién cac s6 phiic
z thoa man |z -2- i| = ‘; + Zi‘ la duong thang:
A. 4x—-2y+1=0
C. 4x+2y-1=0

B. 4x-6y-1=0
D. 4x-2y-1=0

Cau 31: Cho s0 phttc x=-3-4i. Tim médun ctuia

I . 25
s0 phitc w=iz+—.
z
A2 B.2 C.5 D. 5
Cau 32: Trong khong gian véi hé toa do Oxyz,

cho duong thing (d]):x+1:y—1:z+1

2 1 -3
duong thang (dz): x42-3 = y;rZ = Z_+12. Vi tri
twong d6i ctia (d,) va (d,) la:

A. Cat nhau B.  Song
song
C. Chéo nhau D. Vudng goc

Cau 33: Trong khong gian vdi hé toa do Oxyz,

. 2 x-3 y+1 z+1 _ .,

cho duong thang (d): = = . Viét
& & ( ) -2 1 1

phuong trinh mit phang qua diém A(3;1;0) va

chtta dwong thang (d)
A, x+2y+4z-1=0
C. x-2y+4z+1=0

B. x-2y+4z-1=0
D. x-2y—4z-1=0
Cau 34: Tim nguyén ham [ = I(x—l)siandx.

(1 - Zx)COSZx +sin2x

A.I= +C
2
(2—2x)c032x+sin2x
B. I= +C
2
(1—2x)cost+sin2x
C. I= +C
4
(2—2x)cos2x+sin2x
D. I= 1 +C

Cau 35: Phuong trinh (x—1)2" =x+1 c6 bao

nhiéu nghiém thuec?

A.1 B.0 C.3 D.2
Cau 36: Tinh dao ham ctia ham sd y = \/x.%/x.(‘/;.
7 X x7 17.X/x7
A.y'= B. y'=
Y 24 Y 24
Cy'= 17 D.y'= 7

2437

Cau 37: Tinh dién tich hinh phéng giéi han boi
d6 thi ham s6 y=xsin2x, truc hoanh va cac

duong thang x=0,x=m.

A. 2% B. L c.t D.
4 2

Cau 38: Cho hinh hop ABCD.A'B'C'D' ¢ tat ca
cac canh bang a, hinh chiéu vuong géc cia A’
1én mit phang (ABCD) nam trong t& giac
ABCD, cac canh xuat phat tir dinh A cua hinh
hop dodi mdt tao véi nhau gée 60°. Tinh thé tich
hinh hop ABCD.A'B'C'D'.

Ve

A V="Jp B. V=
6 6

C. V:£a3 D. V:£a3
2 2

Cau 39: Cho hinh chép tam giac déu S.ABC c6
AB=a, mitbén (SAB) hop véi déy (ABC) mot
goc 60°. Tinh thé tich hinh chép S.ABC.

A. V= 1 a’ B.V=£a3
243 12

C. V:£a3 D. V:£a3
8 24

Cau 40: S& nghiém thuee cia phuong trinh
log, (x3 + 3x2)+10g1 (x - xz) =0 la:

3

A.0 B.1 C.3 D.2
Cau 41: Cho hinh lang tru ding ABC.A'B'C' c6
day la tam giac ABC cantai C, AB=AA'=a, goc
gitta BC' va mat phang (ABB'A') bang 60°.
Tinh thé tich hinh lang tru ABC.A'B'C".

A. V =+/154° B. V:Ef

12
C. V=#a3 D. Vzng

Céu 42: Cho ham s y:zx—”l. Tiép tuyén tai
x_

diém c6 hoanh d6 bang —1 c6 hé s gbc bang:
Al 5l bl
6 6 3 3

Cau 43: Tinh dao ham ciaham s6 y = AL
Ay =—2 pf5 g oyo 102 i

21-x 21-x

Y= =

C.y=——— D. y'=———
Y 241—-x Y 241—-x

7 | Lovebook.vn
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Cau 44: Tong cac nghiém cua phuong trinh
(x - 1)2 2" = 23((9(2 - 1) + 4(2H —x ) bang;
A. 4 B.5 C.2 D.3

Cau 45: Cho a,b>0,a#1 théa man log_ b :Z va

log,a= % Téng a+b bang:

A.12 B. 10 C.16 D. 18

Cau 46: Tim tap xac dinh caa ham so:
y= \/log(xz + 3x) -1.
A. (=0;-5]U[2;40)  B. (2;+0)

C. (1;+oo) D. (—oo;—5)u(5;+oo)
Cau 47: Tim nguyén ham [ =j4 L S dx.
-
AT=tmF2 e Bor=lmF=2c
2 |x-2 2 |x+2

Lovebook.vn| 8

1

1 +C D. I==In
4

C 1=timF=2

xX+2

x+2
x_

+C

Cau 48: Xét cac hinh chép S.ABC <o
SA=SB=SC=AB=BC=a. Gia tri 16n nhat ctua
thé tich hinh chép S.ABC bang:

3 3\/5&3
4

3
B. L c D.
8 4

a3

12
Cau 49: Cho cic s0 phuc z thoa man:

|z - i| = |z -1+ 2i| .Tap hop cac diém biéu dién cac
s0 phtrc w= (2 —i )z +1 trén cac mit phang toa do

1a mot duong thang. Viét phuong trinh duong

thang do.
A, —x+7y+9=0 B. x+7y-9=0
C. x+7y+9=0 D. x-7y+9=0

Cau 50: S0 nghiém thuc ctia phuong trinh
2* =log, (8—x) la:
A.2 B.1 C.3 D.0
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STUDY TIP:

Nhiéu bai toan, chi can
st dung 1 dir kién la ta
c6 thé loai hét cac
phuong an sai, do dé
trong qua trinh lam bai,
ta nén xét cing véi cac
phuong an. Boi trong
tac nghiém, cac phuong
an cting la mot dix kién.

DAP AN VA LOI GIAI CHI TIET
1A | 2A | 3Cc | 4B | 5D | 6B | 7C | sSD | 9A | 10A
11B | 12B | 13C | 14D | 15A | 16A | 17A | 18B | 19A | 20C
21B | 22A | 23C | 24C | 25C | 26A | 27C | 28B | 29C | 30D
31A | 32A | 33B | 34D | 35D | 36C | 37D | 38D | 39D | 40B
41D | 42C | 43A | 44B | 45D | 46A | 47D | 48B | 49C | 50B

Cau 1: Dap an A.
biéu kién -3<x<3

3.(—2x
Xétham s6 y=2x+3V9-x* cd y'=2+(—) o
279 —x* 9—x?
0 0<x<3 0<x<3 6
=0 & Sx=—1x=
Y 4.(9-2%)=9x* " 13> =36 J13

o ey el 6. _ (A
Ta cod {nslgjly—{f( 3),f[\/ﬁj’f(3)} f( 3) 6.
Cau 2: Pap an A.

( Bm:(z ﬁ)m @( % T(ZH) | ﬁ)sm o JE)“”*L (JE)M

<3x+6=4—-8x @le—i(théa man).

Cau 3: Dap an C.

2
Ta cé lim = lim =1;
P | X—>+0 _1
X
4
B
,/ 2 _ 2
Jim YX 14=Ii 1x -1
X—> x— X—> 1_7
X

Cau 4: Dap an B.
Ta nhé lai kién thirc vé duong tiém can ctia d6 thi ham phéan thic ma t6i dua ra
& chuyén dé duong tiém can, tir day ta thay

2

Véi phwrong dn B: Ham phan thtec 6 bac cua da thirc tir s6 16n hon bac cua

x—
da thitc mau s6 nén khong c6 tiém can ngang.
Cau 5: Dap an D
Suy lugn
Xétham s8 y =(m—1)x> +(m—1)x* +x+m.
Véi m=1 thi ham s trén ¢é dang y = x+1 ludn dong bién trén R.
bén day ta loai duwgc phuwong an B, C, A
Ta chon ludn D.
Tuy nhién trén day 14 suy luan cho tric nghiém, ta c6 1oi giai sau.
Loi gidi
V6i m=1 théoa man yéu cau dé bai.

9 | Lovebook.vn
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Véi m=1 thi ham s da cho la ham s6 bac ba, d€ ham s6 ludén dong bién trén
R thi:
m-1>0 m>1
2 A 2
b ~3ac<0  |(m-1) -3(m-1)<0
m>1 m>1
& & <l<m<4.
(m—l)(m—4)s0 m<4
Két hop hai treong hop ta dwge 1<m <4 thi thoa man yéu cau dé bai.
Cau 6: Dap an B.
-3>0
Diéu kién: {; Sxed.

Cau 7: Pap an C.

bat z, =1+1, khi d6 z=zo2 +Z03 +zo4 +..+2022.

. 3 4 23
Tacod z,z=z"+z;, +..+z

_ 232 A\ _ .23 2
Suyra z.z,—z=2z," —z, <::>z(z0 1)—z0 Z,

23 2 '23_ \2
PN e S L) ,(IH) — 20502048 .
z —1 1+i-1

0

Vay phan thyc ctia s6 phttc z 1a x =-2050 =-2"" - 2.
Cau 8: Pap an D.
Dit z=x+yi (x,y €R).Khi d¢, theo dé bai ta c6
z-1_x+yi-1_ (x=1)+yi _ [(x=1)+yi | [x=(y-1)i]
z—i x+yi-i x+(y-1)i [x+(y-1)i|[x—(y-1)i]
_x(x—l)—(x—l)(y—1)i+xyi—y(y—1)i2

¥ +(y-1)
:x(x—1)+y(y—1)+[xy—(x—1)(y—1)]i

x2+(]/—1)2

x(x—1)+y(y—1)
X +(y—1)2

= (x—lJz +(y—lJ2 1 . Vay duong tron tam I(l;lJ, ban kinh R =

2 2 2 2°2

Cau 9: Dap an A.

bat u=2x-1=du=2dx

vdv=e‘dx >v=—€".

Khi d6 f(Zx - 1)e"‘dx = (Zx - 1).(—6"‘ ) + Ie"‘ 2dx

=—(2x—1)e"‘ —2¢7"+C =—(2x+1)e"‘ +C.

Cau 10: Pap an A.

[re2(2)-2(-3)+3 ,

Ma phan thue bang 0, do d6 =0’ -x+y’-y=0

1

5

Ta c6 d(A;(P)) e

Cau 11: Pap an B

Lovebook.vn 110



STUDY TIP:

Cho hinh hp chi nhat
c6 3 kich thuwdclaa, b, ¢
khi d6 d6 dai duong
chéo cua hinh hop chi

nhat dwoc tinh bﬁ?mg

cong thitc

d=va?+b*+c?

M|

13 dé thi thit THPT quéc gia mdn Toan — Kem loi giai chi tiét Ngoc Huyén LB

Hinh vé bén minh hga mét hinh hdp ABCD.A'B'C'D’ ndi ti€p mat cau tam [
ban kinh R.

Vi tinh d6i xtng nén hinh hdp noi ti€p khoi cau ludn 1a hinh hop chir nhat. Do
vay dat ba kich thudc cua hinh hop chit nhat [an luotla g, b, c.

Khi d6 thé tich ctia hinh hop chit nhatla V =abc.

Ap dung bat dang thitc Cauchy cho ba s dwong ta c6

a+b+c>33abe
3

3 3 2
@Vz:(abc)z<£(a+b+cj2J <:>V2<(gz+bz +c2] _ (ZR) :64R2
< 3 <

3 3 27
6 3
ve /64R _8R
27 33

Chit j: & day, do tinh d6i xttng nén hinh hop chit nhat néi tiép mat cau ludn cd

tam 1a tAm ctia mat cau, do vay dd dai duong chéo chinh bang duong kinh ctia
mat cau. Tuwong ty bai toan hinh tru ndi ti€p khdi cau trong sach Bo dé tinh tay
mon toan 2017 ma to6i da dua ra.
Cau 12: Dap an B.
Ké AH vudng goc véi (BCD), khi d6 AH 1a dudng cao cua khdi ti dién ABCD.
Goi M la trung diém ctia CD. Trong tam giac ABM, duong phan giac caa AMB
cat AH tai I, ké IK vudng géc véi AM (nhu hinh vé).
Do ABCD la tt dién déu nén BM L CD, mdt khac AH 1 CD, tt day suy ra
(ABM) L(ACD).

(ABM) L(ACD)
Ta c6 1(ABM)n(ACD)= AM = IK L (ACD).

IK L AM

Do MI la phan gidc AMH véy IH =IK hay d(I;(BCD))=d(I;( ACD)).

Twong tw véi cac truong hop con lai ta suy ra I 1a tim ctia mat cau ndi tiép khoi
t& dién ABCD.

Ta c6 hinh vé& mgt phang ABM ¢ bén, P 1a giao diém ctia MP va AB.

Nhan thdy tam giac ABM can tai M (do BM = AM), tir day suy ra phan giac MI
la dwong cao.

a’3 a4  a

4 4

Hai tam giac MHI va MPB dong dang, suy ra

Ta c6 MP =+MB? — BP? =

aN3 a
IH_HM _ . HMBP_ ¢ 2 _aJ6
BP MP MP a4 12
2
2
Vay dién tich mét ciu néi tiép t& dién ABCD 1a S = 47R? = 4m.a’. % -=.

Cau 13: Bap an C.
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ol ATy B2
Taco y'=x*-2x-1=0< 3«/_
x:1+\/§:>y:—8+;1 2
o 1042
Khldodz\/(xl—x2)2+(yl—y2)2=T.

Cau 14: Pap an D.
Xét phuong trinh hoanh do (x —1)6" =x'-1 < (x - 1)(6“ —-X- 1) =0.

{le
= .
x=0

Vay dién tich hinh phing dwoc gidi han béi cac duong y = (x - 1) e, y=x> -1

dx.

duoc tinh bang cong thikc S = hxz ~1-(x-1)¢"
0
Nhan xét: trén [O; 1] thi x* —1> (x - l)e" nén

dx = Jl.(x2 —1—(x—1)e")dx

0

Szj‘xz —1—(x—1)e"
0

bat u=x-1=du=dx; e'dx=dv=>v=¢€"

_j).(x_l)exdxz_?z—j.(x—l)exdx

0

1
0

1 1 1
Khido |(x—-1)e'dx=(x—-1)e"| —|e'dx=—e+2.
Jlr-t)erae=(x-er -]
8
Vay S=e——
Y 3
Cau 15: Dap an A.
Tam giac SAB can tai S c6 ASB =60° = tam gidc SAB déu= AB=a.

Tam gidc SBC vudng tai S = BC =+/SC? + SB* =a\/2 .
Ap dung dinh Ii ham cos cho tam giac SAC ta c6
AC =+/SA? +SC? ~2.5SA.SC.cos120° = a+/3 .

2
Tam gidc ABC c6 AB* +BC* =a” + (a\/z) =34’ = AC? = tam gidc ABC vudng

tai B.

Goi H la trung diém ctia AC, suy ra H 1a tam duong tron ngoai ti€p tam giac
ABC. Ma tit dién SABC c6 SA =SB =SC =a = SH la duong cao cta t¢ dién
S.ABC.

' [ 2
D — Ta c6 SH =+SA* - AH® = } -2,
AN 2
" 1 1a1l a2
JA \ Vay thé tich khéichépla V==SHS,, . =—.—.—.aaV2 =
S N y p 3 ABC T 379" o 12
//’\\ 1 Cau 16: Dap an A.
D’ C Bai todn nay t6i da dua ra trong sach do dé tinh tiy mén Toan nam 2017 ( cau

38 dé 3) nhu sau:
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Do duong tron day cua hinh nén ndi tiép hinh vuéng A'B'C'D' nén d¢ dai
durong kinh hinh tron d=a=>R =5 Khi 6 V = %a[g re o
Cau 17: Dap an A.

Xét phuong trinh hoanh d6 giao diém (x—1).c** =0 <> x =1. Vay dién tich
hinh phang dwoc gidi han béi d6 thi ham s8 y = (x - 1).62" , truc hoanh va cac

duong thang x =0,x =2 dwoc tinh boi cong thic:
1 2 0 2
S= —j(x - 1).ezxdx + I(x - 1) edx = I(x - 1) e dx + j(x - 1).62"dx
0 1 1 1
0 2

bat I, =I(x—1).ez"dx; 1, =I(x—1)ezxdx

1 1

Pat x—1=u=dx=du; vdvzez"dx:vzé.ez"

b

Khi d6 I, = %.ez".(x—l) )

1 5, 1 5,
—5.2.62 dx 25.62 .(x—l)

a

2
Vay tir day ta 6 I, =_%_(1.e° _l,eZJZ e 3.

4 4 4 4
I —1.64— l.e“—l.e2 —é+ﬁ
22 4 4 4 4
et e* 3

Suyra 12114‘12 Zz+?—z.

Cau 18: Dap an B.

Tacod x> +y* +z° —2x+4y—6z+9=0 = tam 1(1;—2;3), béan kinh
R=v-9+1+4+9=4/5.

Cau 19: Dap an A.

Taco e =2xe" .

Cau 20: Bap an C.

Duong thang d di qua hai diém A(—l,' 2; —4) va B(l; 0; 2) co vtcp
u=AB= (2; -2; 6) = 2(1; -1; 3), vay d cé phuong trinh

x+1 y-2 z+4

1 -1 3

Cau 21: Dap an B.

d

Xét phuong trinh 207 = 4*
Diéu kién: x e R.

2

Ta c6 phuong trinh <207 =2 & (x-1) =2x

=24+43

JESMITRN LS a G
x=2- \/5

Cau 22: Dap an A.

Goi N 1a hinh chiéu vudng géc ctia diém M 1én duong thang

x=1+t
d:qy=2+2t (teR).
z=-2-2t
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Khi d6 N(1+#2+2t-2-2t)= MN =(t+3;2t + 1; -2t - 1).
Tacé MN Ld= MNaa =0 < (t+3).1+(2t+1).2+(-2¢-1).(-2)=0

9t+7=0et="7 = MN|[ 22,2 | Knidé [MN|=a(M;d)="22
9 999

Cau 23: Dap an C.
x2
dx; vdv=xdx =>v="—

Dat u=1n(2x—1):>du= 2
2x—

zdx
22x1

1 1
X

ln|2x 1| [—2+4+%ln‘(2x—1)‘)+c

Khi @6 j xln(2x—l)dx ln|2x 1|-

:£.1n|2x—1|—
2

x(x+1)
4

4x?

- _1.ln|2x—1|— +C
8

Cau 24: Dap an C.
x=0

Xét phuong trinh hoanh dd giao diém x* - 2x=-x* < { ;
X =

Khi d6 thé tich khdi tron xoay c¢6 dwoc khi quay hinh phéang giéi han béi cac 6
thi ham s6 y =x” —2x;y=-x" quay quanh truc Ox duogc tinh bdi cong thirc

(2] ()

Ta thdy trén [ 0;1] thi (—x2 )2 < (x2 - 2x)2, do vay ta c6 cong thirc

1
V= et 44y 4 4x2
n_([[ x +(x x* + 4x )}ix
=nzlj(—4x3+4x2)dx:n.(—x4+%x3J(1):

Cau 25: Dap an C.

log90 10g(9.10) 1og9+logl0  2log3+1 2h+1
log6 log(2.3)  log2+log3 log2+log3 a+b '

V= nj dx
0

g (dvtt).

Ta c6 log, 90 =

Cau 26: Dap an A.

Tacd y'=3x" —3=0c{i:1 . Ta thdy ham s6 da cho 1a ham s6 bac ba ¢ hé
s0 a=1>0 nén ham s& dong bién trén (—oo; —1) va (1; +oo) , ham s& nghich bién
trén (—1;1).

Cau 27: Pap an C.

Tacé w=(1+i).(2-3i)—(2-1).(2+3i)=-2-5i.

Vay phan ao ctia s6 phtrc w la -5.

Cau 28: Dap an B.

Cach1:Taco 47 -2V —2x+1-

47 1227 =x% +2x +1 4201
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Math

Fil)
|
2 a| -257
3 3| 196510

o} Math

v | Fo
d gl
|

&% 4207 =(x+1) +207 (%)
Xét ham s6 g(u)zZ” +atrén R co g'(a)=2“.ln2+1>0 = ham s6 g(x) dong
bién trén R

Vay phuong trinh (*) tré thanh g(2x2 ) = g((x + 1)2)

x=1+\/5
x=1-2

Vay phuong trinh da cho chi ¢6 duy nhat mét nghiém duong.
Cach 2: S&t dung TABLE.

Ta dat f(x)=4" -2

2 =42 +2x+1c{

—2x—1+x*. O day ta stt dung ntit TABLE boi ta biét
rang, néu ham sg f (x) d6i ddu qua x=c thi x =c 1a nghiém cta phuwong trinh
f (x) =0. Do vay, ta di xét xem ham s6 doi ddu bao nhiéu lan trén (O; +oo) .
Str dung nut TABLE:
1. MODE — 7:TABLE
2. Nhap biéu thiic f(x) vao, &n =,
3. START? Chon 1 =, END? 15 =, STEP? 1=, may hién nhu hinh bén.
Nhan thdy ham s6 chi d6i ddu trén khoang tir 2 dén 3, tir 3 trd di, gid tri cua
ham s6 tang dan, titc ham s6 dong bién trén (3; +oo) . Vay phuong trinh da cho
chi ¢6 duy nhat mét nghiém duong.
Cau 29: Pap an D.

P -2x>0 2-2)>0
¥ =2x>0 {x (x ) o|x> J2

Diéu kién:
1+x>0 -1<x<0

x>-1
Ta co log, (x3 - 2x) =log V1+x <log, (x3 - Zx) =2log, V1+x

< log, (x3 —2x)=log2 (1+x) =2’ —2x=1+x <x’ —3x—1=0, bAm may ta
thay phuong trinh bac ba nay ¢é 3 nghiém, tuy nhién, so sanh véi diéu kién thi
chi c6 hai nghiém thoa man, do vay phwong trinh da cho c6 hai nghiém phan
biét.

Cau 30: Dap an D.

Dat z=x+yi, (x,yeR).

Khi d6 phuong trinh da cho tré thanh

‘x—2+(y—l)i‘=(x—(y—2)i)‘ c>\/(x—2)2+(y—1)2 :\/x2+(y—2)2
<:>x2—4x+4+y2—2y+1:x2+y2—4y+4

<S—4x-2y+5=-4y+4 <4x-2y-1=0.

Cau 31: Dap an A.

25.(3—4i
Ta co w=i(—3—4i)+i =-3 —41‘2—#
—3-4i (3+4i)(3-4i)
:—3i+4—75_—10_(2)i:—3i+4—75_—100i:—3i+4—(3—4i):1+i
16i 25

= |w|=v1* +1? =\2.

Cau 32: Dap an A.
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x=-1+2t [x=-3+2t
Tacdd qy=1+t ;qy=-2+2¢
z=-1-3t |z=-2-t'
“1+2t=-3+2t" [2t-2t'=-2 o1
Ta c6 h¢ phuong trinh {1+t=-2+2t' << {t-2t'=-3 @{tf_z.
~1-3t=-2-¢' —3t+t'=-1 -
Hé phuong trinh ¢6 nghiém duy nhat, suy ra hai duong thang nay cat nhau.
Cau 33: Dap an B.
Chon B (3; -1; —1) ,C (1,' 0; O) 12 hai diém ndm trén duwong théng d, suy ra hai
diém A, B cling nam trong mat phang (P) can tim.
Bai toan trd thanh viét phuong trinh mit phang (P) di qua ba diém
A(3; 1,'0), B(3; -1; —1),C(1; 0,'0) . Day la dang toan ma toi da dé cap rat chi ti€t
trong sach “Bo dé tinh tiy mon Toan nam 2017”.
Mgt phing (P) c6 vtpt n =| AB, BC | =(-1;24) = -1(1;-2;4)
ma mat phang (P) chita diém C(l,' 0;0) nén (P) ix—2y+4z-1=0.
Cau 34: Dap an D.
I= I(x - 1)sin 2xdx.

bat x—-1=u=dx=du; sin2xdx=vdv:>v=—%.cost

Khi do F(x) = ﬂ.C052x+lIcos2xdx = m+l.5in2x+c
2 2 2 4

(2 - 2x)cos 2x +sin2x
= +C
4
Cau 35: Dap an D
V6i x =1 khong la nghiém ctia phuong trinh da cho.

Véi x #1 thi phuong trinh < 2* =x—+1
x_

x+1

Pat o(x)=2%; f(x)=22.

Ta c6 ham s& g(x) luén dong bién trén R .

Ham s f(x) ludén nghich bién trén (—oo;l) va (1; +oo).

Vay phuong trinh f (x) = g(x) c6 nhiéu nhat 1 nghiém trén (—oo; 1) va nhiéu
nhét 1 nghiém trén (1; +oo). Khi bAm mdy do nghiém thi thdy phuong trinh da

cho c6 1 nghiém trén (—oo;l) va 1 nghiém trén (1; +oo).

Cau 36: Dap an C.

1 5
Vay y= \’ x.%’/x.é/_ = \/x.\/3 xxt =\xx2 = 2\“/9(T )

Khi d6 y' 2(2\4/x17 ) :%.24 x7 = 24:47 =
X

Cau 37: Pap an D.

Dién tich hinh phang can tim duoc tinh bang cong thikc S = J.|x sin 2x| dx
0
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x=0
Xét phuwong trinh x.sin2x=0< | x = g ( xét trén [O; n] )-

X=T

T

Néntacd S = |x.sin2xdx — J.x. sin 2xdx .

o-—,.\g\;

z
2

Twong ty nhw bai 34 chi khac x—1 va x, do vay ta c6

—2xcos2x +sin2x T —2xcos2x +sin2x T T 3n

> 4 2" 4 Ty
0 2

Cau 38: Dap an D.

Ta dé dang nhan ra cdc médt ctia hinh hop la hinh thoi.

_ A" Trong mit phang (A’AC), k¢ A'H L ACtai H.

D
/ \ A Ki hiéu nhw hinh vé
, B Do cdc canh ke ttr dinh A d6i mot vudng goc, do vay cac tam giac
- , A'AB, A'AD, ABD la cac tam gidc déu. Do vdy A'D = A'B=BD =a, suy ra tam
Do\ ) gide A'BD déu = A'O L BD.

ACLBD = BD 1 (A’AC)=(A’AC) L (ABCD).

L\ R {A O 1 BD
Ta cb

= A'H L (ABCD).

= A'H la duong cao cua khoi hop.

Ta c6 ABC la tam gidc can tai B c6 ABC =120° = AC = u\/g.
\/5

Tam giac A'OA can tai O, nén ta tim duwoc A'H =

3
o2 1=
J3 2 2

s Vay V= A'HS,, ., =

Cau 39: Dap an D.
Ki hiéu nhu hinh vé, theo dé bai ta c6 SDH = 60°

PENE)

— SH = DH.tan 60° = “*/_\/___ Vay V = o

a=

N\a

lala
322
Cau 40: Dap an B.

Diéu kién: 0<x<1.

Phuong trinh < log, (x3 + 3x2) =log, (x - xz) S0 +3x =x—x

x=0

Sx+4x* —x=0 , chi ¢c6 mot nghiém thoa man.
2445

Phuong trinh vo nghiém.

Cau 41: Pap an D

Goi D la trung diém cua A'B'. Khi d6 C'D 1 A'B’(do tam gidc A'B'C’ can tai
””””””””””” 1/C C").

C'DL1LAB

- =C'D L(ABB'A").
BBLCD

a Ta co {
Khi d6 C'BD = (C' B,(A’B’BA)) =60°.
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2
— C'D = BD.tan60° = u2+”z.f=“*/zﬁ.
3

Vay V = ~.C'D.A'B.A'A _lafis @15 .

2 27 2 4
Cau 42: Dap an C.

= -1
Tacd y'=———=k=y'(-1)=—.
(2_’}(—1)2 ( ) 3

Cau 43: Dap an A.

Tacé y' :(2*@)' =(ﬂ) In2.2¥ = =2 o

2401—x

Cau 44: Pép 4n B.

Taco (x-1) 2" =2x(x* -1)+4,(2"" -2*)
& (x-1) 2" =26° ~2x —4x? + 27

& 2% (¥ —2x+1-2) = 2x.(x* —2x— 1)

& (x* —2x-1).(2" —2x) =0

x=1+\/5
le_\/E:Zx=5.
x=1
x=2
Cau 45: Dap an D.
log,b log,b
Tacd log b=—2820 0820 b 100 gy
log,a 16 4
b

:logzazgzlzazz.Véy a+b=18.
Cau 46: Dap an A.

0 x>0
243250 {“ x<-3 {x22
= =

Diéu kién s x<-3 o
log(x + 3x) >1

x* +3x>10 {

Cau 47: Dap an D.

X+a

Tacéj%dxz_[;dleﬂ LI jdx - Ln +C
a-—x (a+x)(a—x) 2a°\a-x a+x 2a  |x—a
Ap dung vao bai ta chon D.
Cau 48: Dap an B.
Ké DH 1 SB

a |3
Pat AD=x = SD=+/a> —x* =BD = DH = SDZ—Zz T—xz

Ta thay Vaase =2Voump (1)

Tacé AD 1 BD; AD 1 SD = AD 1 (SBD)
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1

1
= E'AD'SSBD = 5

2 X +——X 3
:1.x_a_ 3i_x2 Sla#:a_
3 \) 4 3 2 8

Cau 49: Pap an C
bat z = x+yi,(x,y IS ]R) .

Vay V;

ABD

Khi d6 phuong trinh <:>\/x2 +(y—1)2 =\/(x—1)2+(y+2)2

< 2y+1=2x+1+4y+4 =2x-6y-4=0=x-3y-2=0=x=3y+2

Véi w=x"+y'i=(2-i)z+1=(2-i).(x+yi)+1=2x+2yi—ix+y+1

=(2x+y+1)+(2y—x)i

:{x'=2x+y+1=2.(3y+2)+y=7y+5 Ty =9 X Ty 9 =0,
y'=2y-x=2y-3y-2=-y-2

Cau 50: Dap an B.

Diéu kién 0 < x < 8.

bat f(x) = 2x;g(x) =log, (8 - x), xét hai ham s6 nay trén (0;8) ,ta co
f'(x) =2"In2>0Vx = ham s6 dong bién trén (0;8) .

o\ 1 ) . ~ . A )
g (x) = —(8 - x).1n2 <0Vx e (0,8) = ham s0 nghich bién trén (0,8) .

Suy ra phuong trinh 2* =log, (8 - x) c6 nhiéu nhat mot nghiém trén (0,' 8) .
Ma [f(l) — g(l)} [f(2) - g(Z)] <0 nén phuong trinh c6 duy nhat mét nghiém
thuce trén (0,'8).

P/s: Hiu hét cdc dang bai déu cé trong “B¢ dé tinh tity Todn”. Cdc em nho luyén tdp
hét moi dé trong siach nhé. Ngoai ra, khai bio ddy dii & ddy dé’chi giri tai ligu, dé thi
kém theo: http://ngochuyenlb.gr8.com/
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PE SO 2
Truong THPT NGHEN, CAN LOC HA TINH
ThS. PANG THI QUYNH HOA

(Dé dwgc dang trén Bao THTT théang 2/2017)

Cau 1. Trong cac d6 thi dwdi day, do thinaola do
thi cia ham s& y=x"-2x*-37?

A
Ay y
3
@) _ >
{_7 7 \ e -1\ O 1 x
-3
A. B
A y Ay
O A
-1 1 X 1
-3 O 1 3| x
C. D.

Cau 2. Két luan nao sau day vé tinh don diéu cua
2x+1

ham s6 y = la dang?

A. Ham s6 ludén nghich bién trén R\ {1} .

B. Ham s0 ludn nghich bién trén (—oo;l) va
(1

C. Ham s6 ludn dong bién trén R\ {1} .

D. Ham s6 luén dong bién trén (—oo;l) va
(1; +oo) Cau 3. Gia tri 16n nhat caa ham so
y=x"—3x+5 trén doan [0; 1] la

A.b. B. 3. C. 1. D.7.

Cau 4. Cho ham s8 y =x" —4x. S0 giao diém cta

do6 thi ham s6 va truc Ox béng
A. 0. B. 2. C.3. D. 4.

Cau 5. Hams6 y= %x?’ -2x" +3x+1 dong bién trén
A. (2;40). B. (1;40).
C. (—oo;l) va (3;+oo). D. (1;3).
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Cau 6. SO duong tiém can ding va ngang ctua do

thi ham s6 y =22+ 13
x° -4
A2 Bl  C4 D3

Cau 7. Cho (C) :y=x"+3x> —3. Tiép tuyén ctia
(C ) song song véi duong thang 9x—1y+24=0

c6 phuong trinh la
A. y=9x+8. B. y=9x-8 y=9x+24.
C. y=9x-8. D. y=9x+24.

Cau 8. Tim m dé€ do thi ham s8 y = x* —2mx* +2

6 ba diém cuc tri tao thanh mot tam giac c6 dién

tich bang 1.

A m=33. B. m=4/3.

C. m=33. D. m=1.
Cau 9. Cho ham s8 y=f(x) o6 do thi 1a dudng
cong nhu hinh bén. Khang dinh nao sau day la
khang dinh dung?

2

l/\ 2 A

'O Iv xr
1

20---

A. Ham s6 dat cuc dai tai x=0 va dat cuc tiéu
tai x=2.

B. Ham s& 6 gia tri cuc tiéu bang 2.

C. Ham s8 c6 gia tri 1én nhat bang 2 va gia tri
nho nhat bing 2.

D. Ham s0 ¢o ba cuec tri.
Cau 10. Mot nguoi can di tir khach san A bén bo
bién dén hon dao C. Biét rang khoang cach ti
ddo C dén bo bién la 10km, khoang cach tu
khach san A dén diém B trén bo gan dao C la
40km . Nguoi do6 c6 thé di duong thuy hodc di
duong bod roi di duwong thuy (nhuw hinh vé dudi
day). Biét kinh phi di dwong thay la 5USD/ km,
di duong bo la 3 USD / km . Hoi nguoi d6 phai di
duong bo mot khoang bao nhiéu d€ kinh phi nho
nhét? ( AB = 40km, BC =10km.).
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C
10 km
A D B
40 km
15 65

A. ?km. B. ?km. C. 10km. D. 40km.
Cau 11. Toa d¢ giao diém cua d6 thi ham s&

y= x=2 va duong thang y=—2x la
x+1

A. (-2;-4) B. [-% ;1}.

C. (-2;-%}. D. (-2;4), (%;—1).

Cau 12. Nghiém cua phuong trinh 2% :% la

A.x=4. B.x=-2. C.x=3. D.x=2.
Céu 13. Dao ham ctia ham s6 y =log, x 1a

1 1
A y'= . B. y'=—.
y xIn3 y X
C. y':ln—3. D. y'=xIn3.
X

Cau 14. Nghiém cua bdt phuong trinh

1 x-2 1 .
= <—1la
3 27

A. x<5. B.x>5. C.x>-1. D. x<-1.
Cau 15. Tap xac dinh cta ham s6

y:; la
log, (—x2 +2x)
A. D=(0;2). B. D=[0;2].

C. D=[0;2]\{1}.  D. D=(0;2)\{1}.
Cau 16. Trong cac ham sd dudi day, ham s6 nao
dong bién trén R ?

ol

C. y=log, (xz +1).

B. yzlogZ(x—l).

D. y=log, (2X + 1).
Cau 17. Cho céc s0 thwc dwong a, b, ¢ véi c#1.

Khéng dinh nao sau day la sai?

A. log, % =log a—-log b.

B. log . aﬂz = %logc b-log a.

a Ina-Inb
C. logc E :T .

2
D. 1logi (EJ =log.b-log_ a.
2 a
Cau 18. Dao ham ctiia ham so yzlog_4x la
x+2
1
A y=——(x+2—xInx).
Y 2x(x+2)21n2( nz)
1
B.y=——(x+2-Inx).
! 2x(x+2) In2 )
1
C.y=—(x+2-xInx).
/ x(x+2)21n2( )
1
D.y=——"——(x+2-xInx).
’ 2(x+2)21n2( )

Cau 19. D4t log,, 27 =a. Hay biéu dién log, 16

theo a.

4q-12 12—-4a

A. log 16= . B.log 16= .
86 a+3 86 a+3

12 +4a 12 +4a

C. log, 16 = . D.log 16= .
86 a+3 86 a-3

Cau 20. Cho cac sd thuc duong a, b voi a=1 va

log b>0.Khang dinh nao sau day la ding?

O<ab<l1 O0<ab<1
{O<a<1<b' 'L<a,b '
{O<b<l<a D {0<a,b<1

1<a,b O<a<l<b

Cau 21. Nguoi ta tha mot 1a beo vao mot ho nuwde.
Gia st sau t gio, beo sé sinh sdi kin ca mat ho.
Biét rang sau mdi gio, luong 1a beo ting gip 10
lan lwong 1a beo truede do va téc do tang khong
A 2. ~ .\ \ ~ /4 \ ? 7 ]- I’ A
doi. Hoi sau may gio thi s6 1a beo phu kin 3 cai ho?
10’ t

Al B ciologap .
3 3 log3

Cau 22. Dién tich S ctia hinh phang gii han boi
do6 thi ham so yzf(x) lién tuc trén I:a;b], truc

hoanh va hai duwong théng x=a, x=b dwgc tinh

theo cong thirc nao sau day?

A. 5=if(x)dx. B. 5=i(f(x))2 dx.

D. S= ch‘(f(x))2 dx.

a

C. Szi‘f(x)‘dx.

Cau 23. Nguyén ham ctia ham s6 f (x) = Ll la
X+
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A. F(x)=In(x+1)+C.B. F(x)=log;(x+1)+C.

C. F(x)= = ;+C. D. F(x)=In[x+1/+C.
(x+1)

Cau 24. Mot ca n6 dang chay trén ho Tay voi van
toc 20 m /s thi hét xang. Tw thoi diém do, ca nd
chuyén dong cham dan déu véi van toc
v(t) =-5t+20m/s, trong d6 t la khoang thoi
gian tinh bang giy, k& ti ltic hét xang. Hoi ti ltic
hét xang dén luc dung han, ca nd di duoc bao
nhiéu mét?

A.10m. B.20m. C.30m. D.40m.

1
Cau 25. Gid trj cua tich phan I = | xx? +1dx 1a

A. %(2\/5—1). B. %(2\/5+1).
C. —%(2\/5—1). D. %(2—2\/5).

Cau 26. Gia tri cta tich phan [ = | xsinxdx la

ct—un|a

A.-1. B.L. C. 1. D. -Z41.

2 2
Cau 27. Thé tich vat thé tron xoay khi quay hinh
phéng gidi han boi cac duong y = E, y=0, x=1
, x=4 quanh truc Ox la

A. 6m. B. &
16

C. 12m. D. 8x.
Cau 28. Mot nguyén ham F (x) cua ham sd
f(x)=23in5x+\/;+% sao cho do6 thi cua hai

ham s6 F (x), f (x) cit nhau tai mot diém thuode
Oy la
2 2 3
A. —=cosbx+—x\x+—x—1.
5 3 \/_ 5

2 2 3
B. —=cosbx+—xVJx+—x.
5 3 \/_ 5
2 2 3
C. —=cosbx+—x\Nx+—x+1.
5 3 \/_ 5

2 2 3
D. ——cosbx+—xvJx+—x+2.
5 3 \/— 5

Céu 29. Cho s6 phttc z=3+2i. Tim phan thuc va
phéan ao cua sd phtc z.

A. Phan thuc bang 3, phan 4o bang 2.

B. Phan thuc bang -3, phan 4o bang 2.

C. Phan thyc bang 3, phan a0 bang 2.

D. Phan thiee bang -3, phan ao bang 2.
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Cau 30. Cho s0 phttc z=4-5i. S6 phtic lién hop
ctia z c6 diém biéu dién 1a

A.(45). B.(4-5). C.(54). D.(—45).
Cau 31. Gia st z, va z, la cac nghiém phttc ctia
phuong trinh z* +4z+13=0. Gid tri cua biéu
thie A=z, +|z, 1a

A. 18. B. 20. C. 26. D. 22.
Cau 32. Cho s6 phtrc z=1+1i. Tinh modun cua sd
z+2i
z-1"
Alw|=2. B.|w|=+2. C. |w|=1. D.|Ju|=+3

phttc w =

Cau 33. Cdc nghiém cua phuong trinh z* —1=0

trén tap s6 phuc la
A. -2 va2.
C.iva—i.

B. -1 val
D. -1;1;i va —i.
Cau 34. Cho s6 phuc =z thoa man
|z-1|=|]z—2+3i|. Tép hop cac diém biéu dién s5
phtc z la
A. Duong tron tam 1(1;2), ban kinh R=1.
B. Duong thing cé phuong trinh x —5y—6=0.
C. Puong thang c6 phuong trinh 2x—6y+12=0.
D. Duong thang c6 phuong trinh x—3y—6=0.
Cau 35. Hinh hop chtnhéat c6 d¢ dai ba canh xuat
phat tit mét dinh lan luot 1a 2, 3, 4. Thé tich hinh
hop dé la:

A.24. B. 8. C.12. D. 4.
Cau 36. Cho hinh chop tam giac S.ABC c6 day la
tam giac déu canh a, canh bén SA vudng goc voi
ddy va SA=ay3. Thé tich V cua khdi chép
S.ABC la

3 3
A V=" B.v=2.
8 4
3 3
Cc.y=3" D.V:\/ga.
2 2

Cau 37. Cho hinh ling tru tam giac déu
ABC.A'B'C' c6 gbc gitta hai mit phang (A'BC)
va (ABC) bang 60°, canh AB=a. Thé tich V
khoi lang tru ABC.A'B'C'la:

3
A. V=3*/8§” . B. V =34°.
3 3
c.vz*/ga. D.v=3%
4 4

Cau 38. Cho hinh chop S.ABCD c6 day ABCD la

hinh vuéng canh a, SA = a3 va vuong goc voi
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ddy. Khoang céch tir A dén mit phang (SBC)
bang;

AB2 g e e

2 3 2 3

Cau 39. Trong khong gian, cho tam gidc ABC
vudng tai A, AC=a, ABC=30". Tinh d¢ dai
dwong sinh [ ctia hinh nén, nhan duoc khi quay
tam gidc ABC quanh truc AB.

B. I=a\/3. C. z_i D. [=a2.

Cau 40. Mot thung hinh tru c6 the tich béng 12m,
chiéu cao bang 3. Dién tich xung quanh cta
thung d¢ la:

A. 12m. B. 6m. C. 4n D. 24
Cau 41. Cho hinh chop tam gidc S.ABC c6 day la
tam gidc vuong tai B, canh AB=3,BC =4, canh
bén SA vudng goc voi day va SA=12. Thé tich
V ctia khoi cau ngoai tiép khoi chép S.ABC la:

16975‘ B. V= 2197TE.

A. 1=2a.

A V=

2197r 1375

C. V= D.Vv=—"o-

Cau 42. Nguoi ta can d6 mot 6ng bi thoat nudce
hinh tru véi chiéu cao 200 cm, d¢ day ctia thanh
bi la 10cm va dwong kinh cta bi la 60 cm.
Lwong bé tong can phai do cua bi do6 la:
A. 0,1t m°. B. 0,187t m°.
C. 0,141t m>. D. tm°.
Cau 43. Mat cau (S) co tam 1(1,'2,'—3) va ban
kinh R=2 c6 phuong trinh:
A. (x—l)2 +(y—2)2 +(z 3) =4
B. (x+3) +(y-2) +(z-2) =4.
C(x=1) +(y-2 ) =2
D. (x+1) +(y+2) +(z-3) =4
Cau 44. Trong khf)ng gian cho duong thang d c6

2

2)
)2 2

+(z+3

phuong trinh d:.x 2 Z . Mot vecto chi
phuong cta d la:
ii=(2;0;1). B. ii=(-2;0;-1).
C. ii=(-1,2;3). D. i=(1,2;3).

Cau 45. Trong khong gian voi hé toa do Oxyz,
cho mit phang (P) :x—2y+3z-5=0 va mat
phang (Q) : 2x +4y —6z-5=0. Khang dinh nao

sau day la dang?

APIQ B (P)=(Q)
C. (P)cat (Q). D. (P)L(Q).

Cau 46. Trong khong gian vdi hé toa do Oxyz,

cho mdt cau (S):x2 +y*+2° +2x+6y—4z—-2=0.

Xéc dinh tm I vaban kinh R ctia mét cau (S).
A. 1(1;3;-2), R=243 . B. I(-1,-3;2), R=243.
C. I(-1,-3;2), R=4. D.I(1;3-2),R=4.

Cau 47. Trong khong gian voi hé toa do Oxyz,

—1_y_z+l va diém
1 -

A(2;O;—1). Mit phang (P) di qua diém A va
vudng goc véi duong thang d c6 phuong trinh 1a
A. 2x+y—-z+5=0. B.2x+y+z+5=0.
C. 2x+y—z-5=0. D.2x+y+z-5=0.

Cau 48. Trong khong gian voi hé toa do Oxyz,

cho duong thang d:X =

erZ=y—_2=i va mat
1 -1
phing (P):x+2y—3z+4=0. Duong thing d

cho duong thing A:

nam trong mat phang (P) sao cho d catvavudng
goc voi A c6 phuong trinh 1a
x+3 y-1 z-1 B x+1 _y-3 z+1

A. = . B.
1 -1 2 -1 2 1
C. x—3:y+1:z+1‘ D. x+3:y—1:z—1.
1 -1 2 -1 2 1

Cau 49. Trong khong gian vdi hé toa do Oxyz,
cho mat cau (S):(x —1)2 +(y+ 2)2 +(z- 1)2 =4 va
mat phang (P) :x—2y-2z+3=0. Khang dinh
nao sau day la dang?

A. (P) cdt (S).

B. (P) tiép xuc voi (S)

C. (P) khong cat (S).

D. Tam ctia mat cau (S ) nam trén mit phang (P)
Cau 50. Trong khong gian véi hé toa &6 Oxyz,
cho hai diém A(1;2;-1), B(0;4;0) va mét phing
(P) c6 phuwong trinh 2x—y—2z+2015=0. Goi
a la géc nho nhat ma mat phang (Q) di qua hai

diém A, B tao v6i mat phang (P) Gia tri caa

cosa la
Al sl 2  p L
9 6 3 NE)
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Phuong trinh
y'=0 coba

nghiém phan biét

Phuong trinh
y'=0 co mot

nghiém

Ngoc Huyén LB The best or nothing

DAP AN
1C 2B 3A AC 5C 6D 7C 8D 9A 10B
11D | 12B | 13A | 14B | 15D | 16D | 17D | 18A | 19B | 20B
21C | 22C | 23D | 24D | 25A | 26C | 27B | 28C | 29C | 30A
31C | 32B | 33D | 34D | 35A | 36B | 37A | 38B | 39A | 40A
41B | 42A | 43A | 44C | 45A | 46C | 47C | 48D | 49B | 50D

Caul: Pap an C

Dang bai toan nhan dang do thi da duoc t6i dé cap kha ki trong cudn bd dé tinh
tiy mon todn nam 2017, tuy nhién ¢ day tdi xin nhac lai bang cdc dang do thi
va cach suy luan phia duoi.

Nhan thdy ham s6 dé bai cho la ham s6 bac 4 trung phwong ¢ hé s6 a=1>0,
va ba=-2<0, do d6 d6 thi ham s ¢ dang W, tir day ta chon ludn C.

Duéi day la bang dang d6 thi ham s6 bac 4 trung phuwong d€ ta suy luan nhanh.

Dang ctia d6 thi ham s8 y =ax* + bx” +c(a=0)

Cau 2: Dap an B

Ta cd ad—bc= 2.(—1) -1.1=-3<0, do d6 ham s6 da cho nghich bién trén ting
khoang xac dinh. Ttr d6 ta chon B.

Cau 3: Dap an A.

=0
Ta c6 (x3 -3x* + 5)' =3x’-6bx=0< {x . Do vay & day ta chi can so sanh hai
x

gia tri cia ham s6 tai dau mut cua doan.
Nhan thay f(O) =5> f(l) =3 do vay chon A.
Cau 4: Pap an C
i . 5 x=0
Xét phwong trinh x° —4x=0< .
x=22
Cau 5: Dap an C.

Céch 1: Xét phwong trinh y'=0< x* —4x+3=0< *
X =
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Phuong trinh y'=0 c6 hai

nghiém phan biét

Phuong trinh y'=0 c6 nghiém

kép

Phuong trinh y'=0 v nghiém

STUDY TIP: ta cha y
li thuyét vé tiém can
dting tiém can ngang
d6 thi ham phén thic
ma toi sé dé cap trong
cudn chat loc tinh tay
toan 2017 o bén.

13 dé thi thit THPT qudc gia mon Toan — Kem 16i giai chi tiét Ngoc Huyén LB

Mit khac day 1a ham s6 bacba cO hé s6 a= % >0 va c6 hai nghiém phan biét,
do vay d6 thi ham s6 c6 dang N, nén ham s6 sé dong bién trén (—oo; 1) va
(3; +oo)

Duéi ddy la bang dang do thi ham sé bdc ba, tir d6 ta cé thé suy lugn nhanh

nhu trén.
1. Ham s6 y =ax’ +bx* +cx+d(a+0) .

Dang ctia d6 thi ham s6 bacba y=ax’ +bx’* +cx + d(a # O)

Cau 6: Dap an D.
Tiém cin ding cua d6 thi ham phan thirc

Mot trong nhitng treong hop pho bién thwong thdy trong cac bai toan tim tiém

X
can d6 la dwong tiém can dimg ctia ham phén thitc (ham c6 dang f(x)= M

q(x)’

trong do p(x) va q(x) la cadc ham da thtec.
Néu ¢ 1la mot s6 thiec ma thoa man q(c) =0 va p(c) #0, khi d6 d6 thi ham s6
y=f(x) o tiém can ding x=c.
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Tiém cin ngang cua d6 thi ham phan thic

bat f(x) = PEX; la m¢t ham phan thitc, trong d6 p(x) va q(x) la cac ham da
q(x

thixe.

1. Néu bac ctia da thitc tir sO p(x) nho hon bac cua da thtec mau s6 q(x) , thi

y =0 1a mot tiém can ngang ctia d6 thi ham s6 y = f(x) .

2. Néu bac cua da thirc tix s6 p(x) béng bac ctia da thitc miu s q(x) ,thi y=

RS RS

la duong tiém can ngang cua d6 thi ham sd y = f (x), trong do6 4, b Ian luot 1a hé

s8 ctia hang tit c6 bac cao nhat cua da thic tir 6 p(x)va da thite mau s q(x).

3. Néu bac cua da thic tir s6 p(x) 16n hon bac ctia da thite mau s§ q(x) thi 6
thiham s6 y = f (x) khong co tiém cén ngang.
Loi gigi

Tt ly thuyét trén ta c6
* x=2;x=-2 langhiém ctia phuong trinh x*> —4=0 va x=-2;x=2 khong
lam cho da thitc tir sO b.%mg 0, do vay x=-2;x=2 lahai tiém can ding cua do
thi ham s6 da cho.
* Ham s6 da cho cd bac ctia da thite t& s6 nho hon bac cua da thiéie mAau sd nén
d6 thi ham s6 da cho nhan y =0 la tiém can ngang.
Ttr day ta chon D.
Cau 7: Pap an C.
Tiép tuyén cua (C) tai diém (xo;yo) c6 dang tong quat y = f'(xO )(x -, ) +Y,,
do vay tiép tuyén song song véi duong thang 9x — y + 24 =0 théa man

2 xO

3x,” +6x, =9 <
x, =1

Véi x, =-3 ta c6 phuong trinh y=9x+24 (loai do trung vdi phuong trinh dé
bai cho).
Vi x, =1 ta c6d phuong trinh y=9x—8.
Phin tich: Nhiéu doc gia khong cht y viéc phuong trinh hai duong thang nay
trung nhau, do vay chon B la sai. Dé bai viét phuong trinh duong thrfmg dang
9x—y+24=0 ma khoéng phai y=9x +24 dé€ danh Itra thi sinh, chon nham
dap an.
Cau 8: Dap an D
STUDY TIP: Véi bai Phén tich:
toan dang nay ta chu

e N ) V6i m>0 thi d6 thi ham s6 da cho cé ba diém cuc tri trong d6 A(O; 2) la toa
y nhé gon cong thitc

S Z%'2|XB|‘|YA _YB| do diém cuc dai, hai diém cuec tidu la B(\/Z;Z —-m? ) va C(—x/;; 2-m? ) .

Khi d6 dién tich tam gidc ABC duoc tinh bang cong thikc

S =%.BC.d(A; BC):lNﬂz ~(2-n?)

ABC 2

Do A la diém cuc dai nén 2>2—m?*, do d6 & cOng thiic tén ta cd thé bo dau gid

tri tuyét déi va thu duoc
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10k
40k
A D x B
Hinh 1
600 m
%
P——
300 m
600 m
/(300 —x x
—
300 m
Hinh 2

S e =Nma? =lem=1.
Cau 9: Dap an A.
Loi giai
Phuwong an B sai vi ham s8 dat cuc tiéu tai x=2 va c6 gid trj cuc tiéu bang -2,
khong phai bang 2.
Phwong an C sai vi ham s6 c6 gia tri cuc dai bﬁng 2, va dat cuee tiéu bmeg 2.
Ta thay trén d6 thi ham s6 chi c6 hai di€ém cuec tri, nén D sai.
Cau 10: Dap an B.
Loi giai
Gia st ngudi d6 di dén diém D thi bat dau di duong thuy va khoang cach ti
diém D dén diém B la x km (0<x<40) (nhw hinh v&).
Khi d6, quang duong nguoi dé di duwong bo 1a 40 — x (km).
Quéng dudng nguodi d6 di dudng thiy la CD =107 + x* (km).
Vay kinh phi nguoi d6 phai borala f(x)=(40-x).3++10* +x°5
Hay f(x)=5v100+x* —3x+120.
Xétham s8 f(x)=5vx* +100 —3x +120 trén [O; 40] .
__ 52x 3= S5x 3
24/x* +100 Vx? +100

f'(x)=0=x=7,5.
Nhan xét v6i x=7,5 thiham s f (x) dat GTNN, tuy nhién ¢ day néu chon

ludn 7,5 1a sai boi dé bai hoi AD ch khong phai x, do d6 AD=40-7,5= % .

Ta co f'(x)

Toi ciing dé cap mot bai toan c6 ¥ twong twong tw trong sach cat loc tinh tay
nhu sau:

Vi du 16: Mot nguoi phai di dén mot cai cay qui trong rieng cang nhanh cang
tot. Con duong mon chinh ma nguwoi ta hay di duwge miéu ta nhu sau:
Tt vi tri ngureoi d6 di thang 300 m gdp mot cai ao nén khong di tiép duoc nita,
sau khi ré trai di thang 600 m duong riing sé dén céi cay qui dé.
Biét réng néu di duong mon thi anh ta c6 thé chay véi téc d 160m / phiit, con
khi di qua rting anh ta chi c6 thé di véi toc d¢ 70m / phiit.
Do 1a con duong di truyén thong ma nguoi ta hay di, vay con duong di ma mat
it thoi gian nhat dwgc miéu ta

A. di thang tir vi tri nguoi d6 ding dén cai cay.

B. di theo duwong mon 292 m r6i ré trai di dén cai cay.

C. di theo cach truyén thong o trén.

A. di thang 8 m r6i 1é trai di dén cai cay.

bap an D.
Ki hiéu nhw hinh 1.22 ta c6
Tong thoi gian nguoi d6 di dén cai cay duoc tinh theo cong thirc:

_ 2 2
Fx) =202 NOOO £ (i< v <300
160 70
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STUDY TIP: O day ta
stt dung cong thirc
tinh thoi gian trong
chuyén dong thang

- S
déu t=—.
v

STUDY TIP: cht1y co
sG a nam trong
khoang nao dé xét
dau cua bat phuong
trinh .

bén day cong viéc cta ta la di tim gia tri nho nhat cia ham s6 f (x) trén
1 1 2x

— .
160 70 2600 + x*

[O; 300]. Ta Ian lwot lam theo cac budce: f' (x)

£'(x)=016x=7J600* +x* < 256x" =49.(600” +x) <2072 =49.600°
, _ 49.600° 7.600
X = X =

=
207 . /207

bén day nhiéu doc gia c6 thé voi chon B. Tuy nhién nhin ki thi thdy D méi

dtng, vi theo miéu ta thi nguoi d6 sé di 300 — x mét sau d6 thi di thang dén cai

cay.

Cau 11: Pap an D.

Xét phuong trinh hoanh d¢ giao diém ctia hai d6 thi ham s, ta c6
x=-2=y=4

x—2 x#=-1 x#=-1
=-2x & = A = 1 .
x+1 x—-2=-2x(x+1) " |2x* +3x-2=0 x==y=-1

Cau 12: Dap an B.
Diéu kién: xeR.

Xét phuong trinh 2" =%<:>2"1 =2 ox-1=3cx=-2.

Cau 13: Dap an A.

, ' 1
Ta co (log3 x) = —In3

Cau 14: Dap an B.
A - - N e e \ N A~ ’ VAN ~ 2. 1
Phdn tich: O bai todn nay, ta can hét sttc cht y vé co so, boi 0 < 3 <1.

Loi gigi

Diéu kién: xeR.

x-2 x-2 3
Vi 0<1<1 nén (1J <ic>(1j <(l) Sx-2>3<x>5.

3 3 27 3 3

Cau 15: PDap an D.
Phan tich:
Vi bai toan nay ta can xét hai diéu kién:
1. biéu kién d€ mau khéc 0.

2. biéu kién dé€ ton tai logarit.

Loi gidi
log. (—x* +2x)#0 —x2 0 2
D& ham s8 da cho xac dinh thi A ) o2l | J0<x<z
2 +2x>0 O<x<2 x#1

Vay tap xac dinh cia ham s61a D= (O; 2) \ {1} )

Cau 16: Dap an D.

Phin tich: Trong sach Chét loc tinh tiy mon toan ndm 2017, tdi c6 dé cap cac
van dé sau:

a. Bang tom tat cac tinh chat ctia ham s6 mii y=a* (a>0;a=1).
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Tap xéc dinh | (—o0;+o0)

Pao ham y'=a*.lna

Chiéu bién thién | a4 >1thi ham s6 luén dong bién;
0<a<1 thi ham s6 luén nghich bién.

Tiém can Truc Ox la tiém can ngang.
Do thi bi qua cac diém (O; 1) va (1;11) , nam phia trén truc hoanh

(yzax >0,VxeR)

b. Bang tom tat cac tinh chat ctia ham s logarit.

Tap xac dinh | (0;+o0)
Dao ham \ 1

y =

x.Ina

Chiéu bién a>1:ham s6 luén dong bién.
thién 0 <a<1: ham s6 luén nghich bién.
Tiém can Truc Oy la tiém can ding.
Do thi di qua cac diém (1;0) va (4;1); nam phia bén phai truc tung.

Tl bang tom tat trén ta dua ra két luan.
7. 7 A \ \ ~ ~ 4 ' 1 A \ ~ A
Véi phuong an A: Day la ham sd mii c6 cos6 O<a= 5 <1, do vay ham s6 luon

nghich bién (loai).
Voi phuong dn B, C, D thi ta chi can xét vé tinh chat ctia ham s6 logarit.

Vi phuong an B: Diéu kién x >1, dén day ta khong xét nira, boi ham s6 néu
dong bién thi chi dong bién trén (1; +oo) ma khong phai R.

2x

——————,daucta y' d6i tit am
(x2 +1).1n2

Véi phuwong dn C: ta c6 (log2 (x2 + 1))’ =

sang duong qua x=0, do vay, ham s6 nay khong thé luon don diéu trén R.

' 2%.In2 2"

VéyDth()améndoy'=(log2(2x+1))=(2 1)1 2=2x 1>0,Vxe?:‘RDo
*+1).In +

vay, ham s6 ¢ D ludn thoa man yéu cau dé bai.

Cau 17: Pap an D.

Vi phuong dan A: ta thdy A dung vi a,b duwong nén ta c6 thé ap dung tinh chat
logarit nay.

Véi phwong dn B:

log , a% = %[logc a%j = %.(bgc b—log, a’ ) = % log_b—log, a.Vay B dung

n?
nb _Ina-Inb

Véi phwong dn C: ta c6 log, % = , vay C dung

“Inc Inc
2

1 bY 1. ,b b

Véi phwong dn D: ta c6 =.log?| — | =2.=.log> —=|log. — | =log.b-log_ a .
2 a 2 a a

Vay D sai, chon D.

Cau 18: Dap an A.
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STUDY TIP: Ham van
tdc la dao ham cuia
ham quang dwong,
ham gia toc la dao

ham ctia ham van toc.

' , 1
. (log4xJ’ (log, x) .(x+2)—(x+2) .log, x m.(x+2)—log4x
Taco y'= = - _X. :
xX+2 (x+2) (x+2)
x+2 Inx
_2x.In2 2.In2 (x+2 xlnx) 1
(x+2) 2x.(x+2) .In2

Cau 19: Dap an B.

3.log, 3 3 3
log, 12 log3 3+log, 4 T1+ log, 4

Ta c6 log,, 27 =log,, 3’ =3log,, 3=

Mélog1227=a,dodéLzacﬂoggl:é—l
+log, 4 a
log, 16 2log, 4 2'(3_1j 6-2
o o -
log"’162183621 3gi 2" 1a B .
085 08; 2 +108; 1+-.log, 4 4. 1+1. é—1
2 2 \a
_ 6-2a 12-4a
3 1 a+3 "’
a+—-—a
2 2

Cau 20: Dap an B.

Ta c6 log, b>0<«<log, b>log 1 (*)

V6i 0<a<1 thi bat phuong trinh (*) <b<l1.

Véi a>1 thi bat phuong trinh (*)<b>1.

Cau 21: Pap an C.

Sau moi gio s6 luwong beo tang gap 10 lan luong béo trude do6 va d tang khong
déi nén sau ¢ gio thi luong beo 1a 10°.

Goi x la thoi gian 14 beo phu kin % cai ho, khi d6 ta ¢6 phuong trinh
1o 10° t
10 =§.10 < x=log ry < x=1logl10" —log3=t—-log3.

Cau 22: Pap an C
Cau 23: Dap an D

Ta cod j—dx 1n|x+1|+C

Cau 24: Dap an D.
Phdn tich: Trong chuyén dé vé tich phan (qua ting valentine) , t6i c6 dang viét
vé chuyén dé nay, do vay toi sé khong nhac lai Ii thuyét ma cé ludn 16i gidi nhuw
sau:

Loi gidi
Gia st lac hét xang thi +=0.
Lic ding xe han thi van tdc cia cano 1a v(t) =0t=4s.
Ta c6 ham quang duong la nguyén ham ctia ham vén tdc, do vay quang duong
cano di duoc cho dén khi dirng han dwoc tinh biang cong thitc

I 5
[ (-5t +20)dt = (—Etz + 20t]

0

4
=40m.
0
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Cau 25: Dap an A.
Ta thdy tich phan nay chita biéu thitc can, ta c6 thé nghi ngay dén doi bién
x> +1=u,boi u'=2x.
Loi giai
Dit x* +1=u=du=2xdx.
Doican: x=0=u=1; x=1=u=2

1 2 2 1 3
Khi @6 Iz.[x\/xz+1dx=1..f\/;.du=1.ju5du= 1 1 u? 2
0 2 1 2 1 2 1+7
2
1 =2 1
_5.\/71_5.(2&—1)

Cau 26: Dap an C.
Ta thay bai toan nay la dang tich phan ting phan, do d6 ta 6 loi giai

Loi giai
bat u=x= du=dx
vdv=sinxdx = v=-cosx
L : n
Khi d6 I =—x.cosx|?2 —I(—Cosx)dx=0+ Jcosxdx=sinx 2=1-0=1.
0 ° 0 0
Cau 27: Dap an B.
Ta c6 phuong trinh hoanh d¢ giao diém 2 =0 < x =0 nam ngoai (1; 4) nén ta
co:
Thé tich vat thé tron xoay duwoc tinh bang cong thirc
4 2
4
V=nfl <] dx= 11 s == (& —1)=& (dvtt).
1\ 4 316 1 48 16

Cau 28: Dap an C.

Ta co f(2.51n5x+ﬁ+%jdx=%.(—c055x)+§.\/;3 +§x+C

2 2 3
=——cosbhx+—xvx+—-x+C.
5 3 \/_ 5

Dé hai ham s8 cit nhau tai mdt diém thudc Oy, ticla
3 2
0)=F(0)e=-=—-1+C<=C=1.
F(0)-F(0) 2=

Vay F(x)=—§c055x+§x\/;+§x+l.

Cau 29: Dap an C.
Tacd z=3+2i=2z=3-2i, vay z c6 phan thuc la 3; phan ao la -2.
Cau 30: Pap an A.
S6 phtic lién hop cta z 1a 2=4+5i. Vay diém biéu didn cta z co toa d6 (4; 5) )
Cau 31: Pap an C.
z=-2+3i

Ta c6 phuong trinh z° +4z+13=0< B
z=-2-3i

Khi d6 [=,[ +]z, =(-2) +3° + (-2)" +(-3) =26 .
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Cau 32: Dap an B.
Tacd z=1+i=z=1—1.

—i+2i P (1+1)d 24
Khi d6 w 1 i+2i 1+z:( ) _1 +Z:1—i

1+i-1 i -1
Sfal= i+ (1 = 2.
Cau 33: Dap an D.
z=1
Lo 4 (.2 2 _ z=-1
Tacod z —1—(2 1)(2 +1)—0<:> gei
z=—1

Cau 34: Dap an D.
Dat z=x+yi (x,yeR).
Khi d6 phurong trinh |z —1|=|z -2+ 3i| tré thanh

=1+ yi| =[x -2+ (y +3)i <:>\/(x—1)2 +y =\/(x—2)2 +(y+3)

<:>(x—l)2 +y° =(x—2)2 +(y+3)2
< 2x+1=-4x+4+6y+9
<2x-6y—-12=0
<x-3y-6=0.
Vay tap hop cac diém bidu dién s6 phtic z da cho 1a duong thang x — 3y —6=0.
Cau 35: Dap an A.
Do dai ba canh xuét phat tir mét dinh chinh la kich thude caa hinh hop, do vay
thé tich ctia hinh hop duwoc tinh bang cong thirc
V =abc=2.3.4=24 (dvtt).
Cau 36: Dap an B.
Thé tich ctia kh&i chép dugce tinh bang céng thirc

3
1% 1SAS «/_1“J_. 4

SABC 3 4 -

Cau 37: Dap an A.

Ta c6 hinh vé bén

Goi D la trung diém ctia BC . Vi ABC la tam giac déu nén AD 1a trung tuyén va
cling la duong cao ctia tam gidc ABC = AD 1 BC (1) .

Tam giac A’BC can tai A’ nén A'D 1a trung tuyén cling 1a duong cao cua tam
gidc A’/BC= A'D L BC (2).

Tix (1) va (2) suy ra ((A'BC),(ABC)| = ADA=60°.
Tam giac A’DA vuong tai A c6 A'DA=60°= A’A=AD.tan60° = § 3=

_la J_ 3a 3\/_51
2

A'A =
2

Vay V=Bh=S (dvtt).

ABC*

Cau 38: Dap an B.
Ké AH 1 SB tai H.
Tac6 SALBC,BC LAB = BC 1 (SAB) =(SBC) L(SAB).
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(SBC) L(SAB)
(SBC)(SAB)=SB= AH L (SBC)
AH 1SB

=d(A,(SBC))= AH .

1 1 1

Tam giac SAB vuodng tai A c6 duong cao AH = = +
AH?> SA* AP’

1 1 1 :»AH:#.

AH? 3a2 a’
Cau 39: Dap an A.
Ta co sinABCzE(:)i:l:Bszz.
BC BC 2

Cau 40: Dap an A.

Thé tich ctia hinh tru dwoc tinh bang cong thirc

V=Bh=nR*>h=n.R*3=12n=R=2.

Vay dién tich xung quanh ctia hinh trula S =2nRh=12n (dvdt).

Cau 41: Dap an B.

Trong cudn bd dé tinh tiy mon toan 2017 t6i da nhac ki vé viéc xac dinh tam

cua khdi cau ngoai ti€p hinh chép. Do vay o day ta ¢ 1oi giai sau

Loi giai

Goi H la trung diém cua AC, khi d6 H 1a tam ctia duong tron ngoai tiép tam

gidc ABC (do tam gidc ABC vuong tai B).

Tt H ké Hx vuong goc voi (ABC ) . Goi giao gitra trung trirc cia SA va Hx la I

Khi d6 I la tam ctia khéi cau ngoai ti€p hinh chdp S.ABC. Vay IA la ban kinh
SA AC 3 +4°

ctakhdicau. Tacéd [H="—=6; AH="—=— —2 Khidd
2 2 2 2
2

TANI 3 AL = |60+ 2 213 yay v 2% ppo o4, 2197 2197
22 2 3 377 8 6

Cau 42: Dap an A.

Ta c6 hinh vé minh hoa ctia 6ng bi thoat nudc 6 bén

Ta nhan thdy luong bé tong phai do vao d€ lam bi la hiéu thé tich ctia khéi tru
16n bao ngoai bi, va thé tich cua khdi tru 16i. Tt day ta co
V=V,-V,=nh(0,7* 0,6’ )=m2.(0,3 -0,2*)=0,1x (m’).
Cau 43: Dap an A.

Mat cau (S):(x—1) +(y-2) +(z+3) =4.

Cau 44: Dap an C.

Vecto chi phuong ctia d la U= (—1; 2; 3) .

Cau 45: Dap an A.

Mit phang (P) cd vtpt nT = (1; -2; 3)

Mat phéng (Q) cé vipt Z = (—2; 4; —6) =2 (1; -2; 3) .

Ta thay nj | g va diém A[O; 0;%] nam trong mat phang (P) ma khong nam

trong mit phing (Q), do vay hai mit phang nay song song,.
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STUDY TIP: Bén la
cach lam truyén
thong, toi chwa tim ra
cach lam nhanh hon
cta dang toan nay,
mong quy doc gia
gop y thém.

Cau 46: Dap an C.
Mit cau (S) c6 tam I(-1;-3;2), bankinh R=v2+1+9+4=4.
Cau 47: Dap an C.
Mit phéang (P) vudng géc véi duong thang d, do d6 mit phang (P) vudng géc
voi vtep U= (2; 1; —1) ctia duong thang d. Vay
(P):2.(x=2)+y—(z+1)=0=2x+y-z-5=0.
Cau 48: Dap an D.
x=-2+t
Tacé A:Jy=2+t . Goi Hla giao cia d va A . Nhan thdy H thudc mét phang
z=~t
(P), dovay(2+t)+2.(2+t)-3.(-t)+4=0<t=-1=H(-3;1;1).
Puong thang d qua H(—3; 1; 1) va co vtep u= (a,' b;c).
Ma hai duong thang d va A vudng goc véi nhau nén chon D.
Cau 49: Dap an B.
Ta cé 1(1; —2;1) 1a tAm mat cau.
1-2.(-2)-21+3
d(I;(P) =‘ (2)-21+3
JE+(=2) +(-2)
Cau 50: Pap an D.
Tacod 0<a<90°.

=2=R= chon B.

Gia st ﬁ:(a, b,c) 1a vtpt ctia mat phang (Q)

Khi d6 mat phang
(Q):a(x—-1)+b(y—2)+c(z+1)=0<ax+by+cz—a—2b+c=0

Ma (Q) chtra B(O;4;O) =>4b—a-2b+c=0<—-a+2b+c=0<=2b=a—c

20 —b -2 |4b - b| la—c|
= = =T

3Ja? + b + ¢ 3J2 (a_C)Z . \/5(a2+cz)—2ac
a* +

+c
4

Ta cd cosa =

, a4’ —2ac+c’
5a* —2ac + 5¢”

Chia ca t¢ va mau cho ¢* ta ¢
2

a a
- ﬂz a
5.5 -2.5+5
c c

., a o PP =2t41
Pat — =t thi T =————— = f(¢
T oc 51> —2t+5 f()

P2 -2t+1 t=
—Cé "(t =0 .
5t* —2t+5 () t=-1

Dé goc gitta hai mat phang dat GTNN thi cosa dat GTLN, tizc 1a + =—1

Xétham s§ f(t)=

3
=coso=——
3
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PE SO 3
SO GD - PT HUNG YEN LAN 1

Cau 1: Cho a>0;b>0 thoa man a*+b*="7ab.

Chon ménh dé dung trong cac ménh dé sau?

A. 310g(a + b) = %(logﬁ log, )
B. loga—;b = %(logﬁ logh)

C. 2(loga +log, ) = log(7ab)

D. log(a + b) = %(logaqL log, )

Cau 2: S6 canh cta mot hinh 1dp phuong la
A.8 B. 12 C.16 D. 10
Cau 3: Trong cac ham s6 sau, ham s6 nao ludén

dong bién trén ting khoang xac dinh ctia n6?

2x+1
Y= (I); y=—x*+x*=2(Il); y =2’ —3x=5(III ).
A.ITvall B.Chil C.Ivalll D.IIvall

Cau 4: Diém cuc dai cia d6 thi ham so

y=x"-5x*+7x-3 la

A (7,2 5. (7,22
3 27 3 27

C. (1,0) D. (0;-3)

Ciau 5: Gid tri I6n nhidt cta ham so
. .3 A 2 T T M
y =3sinx —4sin’ x trén khoang [_E'Ej bang;:

A.3 B.7 C.1 D.-1
Cau 6: Cho khoi chdp co day 1a da giac 16i ¢ 7
canh. Trong cac ménh dé sau, ménh dé nao dung?
A. SG mat ctia khdi chép bang 14
B. S8 dinh ctia khdi chép bang 15
C. S6 mat ctia khoi chop bémg sO dinh cua nd
D. S8 canh ctia khdi chép bang 8
Cau 7: Cho ham s6 y=f (x) xac dinh trén céc

khoang (0; +oo) va thoa man lim f (x) =2. Véigia
thiét do, hdy chon ménh dé dung trong cac ménh

dé sau?

DE THI THU THPT QUOC GIA NAM 2017
Mon: Toan

Thoi gian lam bai: 90 phat

A.Puong thang y =2 1a tiém can dtng cta d6
thi ham s6 y = f(x)

B. Duong thang x =2 1a tiém can ngang ctia d6
thi ham s6 y = f(x)

C.Puong thang y =2 1a tiém can ngang ctia d6
thi ham s8 y = f(x)

D. Duong thang x=2 1a tiém can dtng cta d6
thi ham s6 y = f(x)
Cau 8: Choham s§ y =mx* —(m—1)x* —2. Tim tét
ca cac gia tri thuc cia m dé€ d6 thi ham sd cd ba

diém cuec tri.

A. m<1 B. 0<m<1
C. m>0 D. me(—oo;O)u(1;+oo)
o , X +x-2
Cau 9: Tim m de do thi ham s6 y=————— ¢0
x°=2x+m

2 tiém can dung.
B. m#1va m#-8

C. m>1va m#-8 D. m>1
Cau 10: Cho khéi lang tru tam giac ABC.A'B'C'
c6 thé tich bang 30 (dvtt). Thé tich ctia khéi t¢ dién
AB’CC la:

A. 12,5 (dvtt) B. 10 (dvtt)

C. 7,5 (dvtt) D. 5 (dvtt)
Cau 11: Cho hinh chép S.ABCD c6 day ABCD la

A. m<lva m#=-8

hinh thoi tam I cé canh bz?mg a, BAD=60°. Goi H
la trung diém cua IB va SH vudng goc véi
(ABCD). Géc gitra SC va (ABCD)bang 45°. Tinh
thé tich ctia khdi chop S.AHCD.

A. %Lf B. gus C. gus D. %a:“
Cau 12: Cho khai t dién ABCD.Lay mot diém M

nam gitta A va B, mét diém N nam gitta C va D.
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Bang hai mat phang (MCD) va (NAB) ta chia
khoi t dién da cho thanh bon khéi ti dién:

A. AMCN, AMND, BMCN, BMND

B. AMCN, AMND, AMCD, BMCN

C. BMCD, BMND, AMCN, AMDN

D. AMCD, AMND, BMCN, BMND
Cau 13: Nguoi ta mudn xay dung mot bon chira
nudc dang khéi hop chit nhat trong mot phong
tam. Biét chiéu dai, chiéu rong, chiéu cao ctia khéi
hop d6 lan luot la 5m, 1m, 2m (nhw hinh vé). Biét
mdi vién gach co chiéu dai 20cm, chiéu rong 10cm,
chiéu cao 5cm. Héi nguoi ta can st dung it nhat
bao nhiéu vién gach d€ xay hai bitc teong phia
bén ngoai ctia bon. Bén chira dwgce bao nhiéu lit
nudc? (Gia sit luong xi mang va cat khong dang ké)

1dm

1dm 1 Vo 7

5m
A. 1180 vién; 8800 lit  B. 1182 vién; 8820 lit
C. 1180 vién; 8820 lit  D. 1182 vién; 8800 lit
Cau 14: BDao ham cua ham s6 y =10" la:
10"
In10
Cau 15: Cho hinh chép S.ABCD c6 day ABCD la
hinh binh hanh, M va N theo tht ty 1a trung diém
VS

A B. 10°In10 C. x.10" D. 10"

ctia SA va SB. Tinh ti s6 thé tich —SPMN. 5.
S.CDAB

A. 1 B. é C. § D. l

4 8 8 2

Cau 16: Cho ham s§ y =L1 c6 db thi (C). Tim
x_

m d& duong thang d:y=—x+mcat do thi (C) tai
hai diém phan biét?
A. 1<m<4 B. m<0hoac m>2

C. m<0Qhoac m>4
Lovebook.vn| 36

D. m<1hoac m>4

Cau 17: Biéu thL’rCsz/;.g/;.\élxs vdi (x > 0) viét
dudi dang lay thtra voi s6 ma hitu ty la
2 5 5 7
A.Q=x% B.Q=x* C.Q=x* D.Q=x
Céu 18: Cho ham s6 y=x* —2mx” +2m+m*. V6i
gia tri nao ctia m thi do6 thi (Cm) c6 3 diém cuec tri,
dong thoi 3 diém cuc tri d6 tao thanh mot tam giac

c6 dién tich bang 4

A. m=316 B. m=16
C. m=316 D.m=-316

Cau 19: Gia trj ctia biéu thie E=32"19" 272

bang:
A1 B.27 C.9 D.3
Cau 20: Tim tiém can ding va tiém can ngang cua
d6 thi ham s8 y = 2+
x-1

A.Tiém can ding x =1, tiém can ngang y =—1.
B. Tiém can ding y =1, tiém can ngang y=2.
C. Tiém can ding x =1, tiém can ngang y=2.
D. Tiém can ding x =1, tiém can ngang x =2.
Cau 21: Puong cong trong hinh vé la d6 thi cua

ham s6 nao dudi day?

A

A 4

A y=x'-2x*+2 B.y=x"-3x"+2

C.y=-x"+2x*+2  D. T4t ca déu sai

Cau 22: Cuong do mot tran dong dat duoc cho boi
cong thitcM =log A—logA,,véi A la bién do
rung chén ti dava A,la motbién d6 chuan (hang
s0). Dau thé ky 20, mot tran dong dat & San
Francisco ¢6 cueong do do dwoc 8 d¢ Richter.
Trong cung ndm d¢, tran dong dat khac ¢ Nhat

Ban c6 cuong d6 do duoc 6 do Richer. Hoi tran
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dong dat & San Francisco c6 bién d¢ gap bao nhiéu

lan bién d¢ tran dong dat & Nhat ban?
A.10001an B.10Tan C.2Tan D. 100 Tan

Cau 23: Tim tat ca cac gia tri thiec cua tham sd m

(m+1)x+2m+2

sao cho ham s6 y = nghich bién

X+m

trén khoang (—1; +oo).

A. me(—oo;l)u(2;+oo) B. m>1

C. -1<m<2 D.1<m<2
Cau 24: Tim m d€ ham s6: y=-x+3mx’ —3(2m—1)x+1
nghich bién trén R ?

A.m=1

B. Khong c6 gia tri ctia m

C.m=1

D. Ludn thoa man vdi moi gia tri cia m
Cau 25: Cho hinh chép S.ABC c6 day ABC la tam
gidc vudng tai A, AB=a,AC=24,5C=23a.5A
vudng goc voi day (ABC). Thé tich khdi chop
S.ABCla:

Na

3
2

3
c.an

4 3

ALY
1

p. L
4

Cau 26: Cho ham s& y:ix4 —2x*—-1. Chon
khéng dinh dtung

A. Ham s6 dong bién trén cac khoang (—2;0)
va (2;+oo)

B. Ham s6 dong bién trén cac khoang (—oo; —2)
va (0;2)

C. Ham s0 nghich bién trén cac khoang
(—oo;—Z) va (2;+oo)

D. Ham s6 nghich bién trén cac khoang (—2;0)
va (2;+oo)

Cau 27: Ham s y =log, (—x2 +5x — 6) o tap xdc

dinh 1a:
A. (2;3) B. (—o0;2)
C. (3;+oo) D. (—00;2)u(3;+oo)

Cau 28: Cho hinh chop S.ABCD c¢6 (SAB) va (SAD)
cung vudng goc (ABCD), duong cao ctia hinh

chop la:
A.SC B. SB C.SA D. SD
A \ ~ \lxz _1 ~ A
Cau 29: Choham s6 y = . Hay chon ménh

dé dang trong cdc ménh dé sau:

A. D0 thi ham s6 c6 tiém can ngang la y=-1,
o tiém can ding la x=0.

B. D6 thi ham s6 ¢6 hai tiém can ngang la y=1
va y=-1

C. D6 thi ham sd ¢6 hai tiém can ngang la y =1
va y=-1, co tiém can ding la x=0.

D. D06 thi ham s6 c6 hai tiém can ngangla y =1,
c6 tiém can ding la x=0.

Cau 30: Tinh P =3log, (log, 16)+log, 2 c6 két qua:

2
A.2 B.1 C.4 D.3
Cau 31: Tim m d€ phuong trinh:

x* —5x% + 4‘ =log, m c6 8 nghiém phan biét
A. 0<m<A2’° B. Khong c6 gid tri ciam
D. —42° <m<i2°®

Cau 32: Mot con ca hoi boi nguoc dong dé vuot

C.1<m<~?2°

mot khoang cach la 200km. Van tdc cua dong
nwdc la 8km/h. néu van tdc boi ctia ca khi nwdc
dtng yén la v(km/h) thi nang lwong tiéu hao cua
cd trong 1 givr dwoc cho boi cdng thire: E(v)=co’t
(trong d6 c 1a mot hang s8, E duoc tinh bang jun).
Tim van t6c boi cua ca khi nuwdc ding yén d€ nang
luwgng tiéu hao la it nhat

A.12km/h B.9km/h C.6km/h D.15km/h
Cau 33: Cho ham s6 y = f(x)cé do thi nhw hinh
vé sau, cac khing dinh sau khing dinh nao la

dung?

37 | Lovebook.vn



Ngoc Huyén LB

The best or nothing

A. Ham s0 dat cuc tiéu tai A(—l; —1)Vé1 cuc dai
tai B(3;1).

B. Ham s& 6 gia tri cuc dai bang 1

C. Ham s0 dat gia tri nho nhat b.%mg -1 va dat
gia tri 16n nhat bang 3

D. D06 thi ham s6 ¢ diém cuc tiéu A(—l; —1)Vé1
diém cuc dai B(1;3).
Céau 34: Cho ham s6 y=f (x) xac dinh, lién tuc

trén R va ¢ bang bién thién

X —00 -1 0 1 +o0
y + 0 - 0 + 0 -
Y

2\_00

A. M (0;1) duoc goi la diém cuec ti€u ctia ham s6

N

Khang dinh nao sau day la sai?

B. x, =—-1duoc goi la diém cyec dai cia ham sd
C. f(£1)=2 duoc goi la gia trj 16n nhét cia ham s§
D. f (1) =2 dwoc goi la gia tri cuc dai ctia ham s6
Cau 35: Cho hinh chép S.ABCD c6 day ABCD la
hinh thang vudng tai A va D; biét AB=AD =24,
CD =a. Gbc gitra hai mit phing (SBC) va (ABCD)
bang 60°. Goi I 1a trung diém ctia AD, biét hai mét
phang (SBI) va (SCI) cing vudng gbéc véi mat

phang (ABCD). Tinh thé tich ctia kh&i chép
S.ABCD

3/54° B 3154° c 34154° D 3/54°

8 5 8 5

A.
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Cau 36: Cho hinh chépS.ABCD c¢6 déy la hinh

. Hinh chiéu vudng goc

vuong canh 4, SD = 4 217

H cua S lén méat (ABCD) la trung diém cua doan

AB. Goi Kla trung diém ctua AD. Tinh khoang cach
gitta hai duwong SD va HK theo a.

A & B u\/g a\/ﬁ 3a
. 7 « -

C. D. —
5 5 5

4
Cau 37: Ham s6 y:(3—x2) 3 ¢6 dao ham trén

khoang (—3;3) 1a:

A. y=—§(3—x2)37 B. yzgx(?)—xz)37

-7 -7

C. y:—gx(3—x2)3 D. y:—%x2(3—x2)3

Cau 38: Ham s nao sau day cd bang bién thién

nhw hinh bén:

X —o0 2 +00
Yy 1 : +00 :
\_Oo \ 1
-3 3
Ay By=15;
2x+3 2x-7
Cy= xx—+2 Y= xx—2

Cau 39: Cho hinh ch6p S.ABCD c6 ddy ABCD la
hinh vuéng canh a. Biét SA L (ABCD); SA =a+/3.
Tinh thé tich cua khoi chop

3 3 3
A. *\3 B.‘“/5 c.L D.“‘/5
3 4 12

Cau 40: Dita=1log,15; b=1log,10. Hay biéu dién

log ;50 theoavab.
A. log 550=3(a+b-1) B. log 550=(a+b-1)
C. log 550=2(a+b-1) D. log;50=4(a+b-1)
CAu 41: Tinh dao ham ctia ham so:
y=log,,, (x2 +1)

. 2x , 2x
= B. y = 2—
2017 (x + 1)1n2017

Ay
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Céau 42: Cho ham s6 y=-x"+3x> —6x—11 ¢4 do

. 1 o
Cy= (x* +1)In2017 P

thi (C). Phuong trinh tiép tuyén véi do thi (C) tai
giao diém cua (C ) véi truc tung la:

A. y=6x-11va y=6x-1

B. y=6x-11

C.y=—6x—-11va y=—6x-1

D. y=—6x-11

Cau 43: Ham s6 y = c6 bang bién thién nhu

x*+1
hinh vé. Xét trén tdp xac dinh cua ham s6. Hay
chon khéng dinh dting?

X —o0 0 400

!

y o/l\o

A. Ham s6 c6 gid tri 16n nhat bang 1 va gia tri

nho nhat bang 0

B. Ham s& c6 gia tri 16n nhat bang 0

C. Khong ton tai gia tri 16n nhat va gia tri nho
nhat ciia ham s0

D. Ham s ¢6 gié trj 1én nhat bang 1
Cau 44: Trong cac ménh dé sau, ménh dé nao sai?

A. Thé tich cta khdi lang tru c6 dién tich day B
vachiéucaohla V= % Bh

B. Thé tich ctia khdi hop bang tich ctia dién tich
dday va chiéu cao ctia né

C. Thé tich ctia khdi hdp chit nhat bang tich ba
kich thudc cua nod

D. Thé tich ctia khoi chdp 6 dién tich day B va
chiéucaohla V= % Bh

Cau 45: Ham s6y =x° — 3x* —9x + 2017 dong bién

trén khoang:

A. (—00;3)

C. (—1;+oo)

B. (—oo; —1) va (3;+oo)

D. (—1;3)

Cau 46: Thé tich ctia khoi lang tru tam giac déu c6

tat ca cac canh déu bang a la:

3 3 3 3

Al BB 2B Vs
2 2 4 12

Cau 47: Mot nguoi gui tiét kiém s6 tién

100.000.000 VNP vao ngan hang voi lai suat

8%/mnam va lai hang nam duwoc nhap vao von. Hoi
sau 15 nam sO tién nguoi ay nhan vé 1a bao nhiéu?
(lam tron dén don vi nghin dong?
A.117.217.000 VND  B. 417.217.000 VND
C.317.217.000 VND  D. 217.217.000 VND
Cau 48: Gia tri 16n nhat va gid tri nho nhat cta

ham s6 y = w trén doan [2;4] la:
y—
A. mlnf(x 2; maxf( ) E

[2:4] [2:4]

) 3
B. mmf(x) Zﬁ;rﬁgj(f(x):
)=

0 f(x
D. minf (x)=2ﬁ:fg;3]Xf (x)=5

2rnaxf( )

[2:4]

Cau 49: D6 thi hinh bén 1a cia ham sd

A

/]

/

Cau 50: Khoi bat dién déu la khoi da dién déu

A 4

A y=x"-3x"+1 B.y=x"+x"+1

C.y=-x"+3x"+1 D.y=x"+x+1

loai:

A. {53} B.{3;5}

C. {43} D. {34
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DAP AN VA LOI GIAI CHI TIET

1B 2B 3B 4C 5C 6A 7C 8D 9A 10B
11C 12A 13C 14B 15C 16C 17B 18A 19C 20C
21A 22D 23D 24A 25C 26A 27A 28C 29B 30A
31C 32A 33D 34C 35B 36B 37B 38B 39B 40C
41B 42D 43D 44A 45B 46C 47C 48D 49D 50D

Cau 1: Dap an B.
Phén tich: Taco @ +b* =7ab < (a+b) =9ab

(11+b)2 a+bY
= Y =ab <:>log(TJ =logab

2loga—;b =loga+logb

= logaTH) = %(loga + logb).

Cau 2: Pap an B.

Hai mat day moi mit cb 4 canh, va 4 duwong cao la
12.

Cau 3: Dap an B.

Phan tich:

V6iI: ta nham nhanh: y'= >0 = thdéa man

(x+ 1)2

Vi II: ham bac bon trung phuong ludn c6 khoang
dong bién va nghich bién nén loai.

V6i lll: y'=3x* — 3 ludn c6 2 nghiém phan biét (
loai).

Nén chi I thoa man.

Cau 4:Dap an C

xloy=_32
Tacd y'=3x*-10x+7 y'=0<|" 3 y= 27 .
x=1=y=0

Do 0> 32 nén chon C.
27

Cau 5: Bap an C.
Céch 1: dit sinx=t =te(-1;1) Khidé

fi(t)=(3t-4F) =-12* +3=0| 2 .Sosanh

f(%j va f(_%j ta thay GTLN Ia f(%]:l

Céach 2:
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y'=3cosx —12.cosx.sin’ x =0 < 3cosx(1 —4sin® x) =0

o
Cosx=0<:>x=5+kn

x=£+k2n
= sinx=§<:> g
x=§+k2n

x=-Z4tkon
6

sinx=—%<:> .
x=—n+k2n
6

T T A T —T
Do xe|——;=|nén xe<{—;—
i3 e velo )

Khi d6 so sanh f(g},f(%nj ta thdy

Cau 6: Dap an C.

Phén tich: Ta chon luén duoc C bdi mdi canh sé
teong tng véi mot mat bén cua khoi chop.

Cau 7: Pap an C

Phan tich: Ta co

Duong thing y =y, la tiém cdn ngang ctia d6 thi ham
sOy=f (x) néu it nhit mot trong cdc diéu kién sau
dwoc thoa man

lim f(x)=y,, lim f(x)=y,

X—>+00

Vay ta thay C dung.

Cau 8: Pap an D.

Phin tich: D& duong thang ham s6 c6 ba diém cuc
tri thi:

Ta nho lai dang d6 thi ma toi da nhéc di nhic lai
trong 10i giai chi tiét o by dé tinh tay, ta thady ham
bac bon trung phuwong mudn ¢ ba diém cuc tri thi
phuong trinh y'=0 phai c6 3 nghiém phan biét.
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Ta ciing dén voi bai todn goc nhw sau: ham so
y=ax'+bx’ +c
Xét phwong trinh y'=4ax’ +2bx =0 . Dé'phwong

a0

trinh c6 3 nghiém phan biét thi § p .
—<
2a

Khi d6 4p dung vao bai toan ta duoc: —(m _1)
—2<0

m#=0
&lm>1
[m<0
Cau 10: Pap an B
Ta co

Khi d6 ta co thé so sanh truc tiép ciing dugc, tuy
nhién ¢ day ta c6 thé suy luan nhanh nhw sau:
Khéi B' ABC ¢6 chung duong cao ké tir dinh B
dén day (ABC) va chung ddy ABC véi hinh ling

V.
tu ABC.A'B'C'. Do vay Vpae _ 1 . Tuwong tw
ABCA'B'C'
V.o
tace —aaze 1 ypigs sy 1y

AB'C'C — 3 ' ABCA'B'C

ABCA'B'C'
=>Vipce _30 =10.
3
Cau 11: Pap an C.
Ta co6 hinh vé:

Ta s& tw duy nhanh nhu sau: Nhin vao hinh thi dé
nhan ra hai khéi chép S.ABCD va S.AHCD c6
chung chiéu cao nén ta chi can so sanh 2 dién tich
day. Di nhién ta thdy

235
S ancp _ 25 10 _ 4 P - 221 = 3 . Vay
Sapcp Sascp S Ao 42 4

3
Ve = 4 VSAHCD :

Mit khac ta <6 BAD =60° = tam giac ABD déu,

nén AB:BD:AD:a:IH:%Khi d6

HC=+IH*+IC* =

SH=HC=" 413 (do SCH =45°nén tam gidc SCH

vudng can tai H).

v legs 3.1aV13 al33 a3
SAHCD 3 ABCD 4 3 4 2 4 32

Cau 12: Pap an A.

Phan tich:

Ta cé hinh

Vve:
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Nhin vao hinh vé ta thdy MN la giao tuyén cua hai
mit phang (MCD) va (NAB), khi d¢ ta thay ti
dién da cho duoc chia thanh bon t& dién AMCN,
AMND, BMCN, BMND.

Cau 13: Pap an C

Phdn tich:

* Theo mat truede ctia bé:

S6 vién gach xép theo chiéu dai cua bé moi hang la:

500
x="—
20
S6 vién gach xép theo chiéu cao ctia b& mdi hang la

: % =40. Vay tinh theo chiéu cao thi c6 40 hang

=25 vién

gach mdi hang 25 vién. Khi d6 theo mat trude cua
bé. N=25.40=1000 vién.

* Theo mat bén cta bé: ta thdy, néu hang mat truedc
cua bé da duoc xay vién hoan chinh doan n6i hai
mat thi © mdt bén vién gach con lai sé dwoc cit di

1 s vy 1A o~ s
con 5 vién. Ttrc la mat bén sé co

1 40, 100-20
2

Vay tong sd vién gach la 1180 vién.

Khi d6 thé tich bo teong xay 1a 1180.2.1.0,5=1180
lit

Vay thé tich bon chira nudc la:

50.10.20—-1180 =8820 lit

Cau 14: Dap an B.

Ta ¢6 (10*)' =1n10.10"

40=180 vién.

Cau 15: Pap an C.
Phdn tich:

B/ - C
Ta thdy viéc so sanh ludn thé tich hai khéi nay truc
ti€p thi sé kho khan do d6 ta sé chia ra nhuw sau:
S.MNCD =S.MCD+S.MNC va
S.ABCD =SACD+S.ABC . Khi d6 ta cé
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V

SMCD _ l
VSACD 2
d(M;(SCD)) 1
——————= =— va chung dién tich day SCD)
d(A;(scp)) 2

=% 1 do

SMCD — Z VSABCD (

1% S
Ta co —MNC — —SMN. — 1 = Vaune = 1 Veanco
SABC SAB 4 8
o 11 3
Tk trén suy ra V-, = 1 + 3 Viasen = gVS ABCD

Cau 16: Dap an C.

Phdn tich: Xét phuong trinh hoanh d6 giao diém
X x#1

x-1 z(_x+m)<:>{(x—m)(x—1)+x =0

@{(1—m)(l—l)+l¢0

, SxP—mx+m=0
X —(m+1)x+x+m:0

A Sl a1 2 m>4
Thoa man yéu cau dé bai & m” -4m>0< .
m<0
Cau 17: Dap an B.

115 i
Phdn tich: Ta co Q=x%.x3.x% =x3
Cau 18: Dap an A.
Phdn tich: Nhu ¢ cau trén toi da cm bai toan goc

—2m

thi ham s6 c6 ba diém cuec tri khi <0e=m>0

(loai D).

Db thi ham s6 ludn cé ba diém cuc tri

A(O;Zm +m* ) : B(xl;y);C(xz;y) d6i xtiing nhau
qua Oy. Phuong trinh di qua hai diém cuec ti€u:

Ta nhé lai dang d6 thi ham bac 4 trung phuong cd
hé s6 a>0 va 3 diém cuec tri ma t6i da gioi thiéu
trong phén giai chi tiét ctia sach giai dé nhu sau:

Tacod y, =y, =f(\/g)=f(—«/a)
=m? =2m* +2m+m* =m* —m* +2m.
Khi @6

d(A;BC):‘Zerm“—(m4+2m—m2) =m

2 2
=[]

Nhu vay 10 rang:
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1

S iac =E.d(A; BC).BC =%.m2.2JE=4:> m=3%16 .

Cau 19: Bap an C.

Bam may tinh ta c6 dwoc két qua trén.

Cau 20: Pap an C.

Phdn tich: Ta cé tiém can ngang ciia ham s6 1a
yz%zZ ; TCh1a x=1

Cau 21: Pap an A.

Phdn tich: Ta thady duong cong dang chit W

( nhw tdi da ndi rang no 1a meo trong cac dé thi co
dang nay khi: >0 va phwong trinh y'=0 c6 ba
nghiém phan biét). Ttr day ta loai C.

Tiép tuc voi A va B ta xét xem y, c6 nam phia trén
truc hoanh hay khong.

Ta nham nhanh: Véi A thi phuwong trinh y'=0 ¢

nghiém x =+1 khi do y(l) =2 (thoa man).
Cau 22: Pap an D.

A A
Phin tich: Ta c6 M = logx1 = A—l =10°

[ [

A A 8
Tuwong tw —2==10° 410 09
A, A, 10°
Cau 23: Dap an D.
Phdn tich: D€ thdéa man yéu cau dé bai thi

{—mﬁ(—lHOO)@{mz -m-2<0

y'<0 m>1

S1<m<2.

Cau 24: Dap an A.
y'=-3x" +6mx—3(2m-1);
A'=m’ —2m+1=(m—1)2 >0.Véi m=1 thi thoa
man.
Cau 25: Dap an C.
S

Phén tich: Tam giac SAC vuong tai A nén
SA=+SC*-AC? = 1’(351)2 —(251)2 —a5

Khi d6 V, . = %.SA.SABC S %.a\/F) %.u.Za -

25
3

Cau 26: Dap an A.
Phdn tich: Xét phuong trinh y'=0< x> —4x=0

-0
& {x ., - Nhtr da gidi thi¢u vé cach nh6 dang 49

thi ham bac bon trung phuong ¢ hé sd a = i >0

nén ¢ day ta cd thé xac dinh nhanh ham s6 dong
bién trén (—2;0) va (2; +oo) , ham s& nghich bién
trén (—oo;—2) va (0;2).

Cau 27: Dap an A.

Phan tich: Diéu kién: —x* +5x—-6>0<=2<x<3
Cau 28: Dap an C.

Phén tich: Ta nhé ki rang hai mt phang bén cling
vudng géc voi mat phang ddy thi giao tuyén ctia
hai m4t phang chinh 1a duong cao cta hinh chép.
Cau 29: Dap an B

Phan tich:

2 —
Tacs lim ¥ Lo tim f1- L o1,
X400 x X—>+00 x

lim X 1=lim— 1—%=—1:y=1;y=—1 la

X—>—0 X X—>—0

hai tiém can ngang cua d6 thi ham s6.

2

Ta cé lim -
x—0" X

Cau 30: Dap an A.

Phdn tich: bAm may tinh ta dwoc: P =2

Cau 31: Dap an C.

Phan tich: Dat log, m=a>0 khi d6 m=2". Xét

khong ton tai.

ham so f(x) = ‘x“ —5x% + 4‘ .ta sé xét nhw sau, vi
day 1a ham s6 chdn nén déi xtimg truc Oy. Do vay
ta s& xét ham g(x)=x*-5x" +4 trén R, sau d6 ldy
d6i xtimng d& vé do thi ham y = f(x) thi ta git
nguyén phan do6 thi phia trén truc hoanh ta duoc
(Pl) , 1dy ddi xting phan phia duéi truc hoanh qua
truc hoanh ta duoc (P, ), khi d6 d thi ham s&
y=f(x) 1a (P)=(P)u(P,). Liclam thi quy doc

gia c6 thé vé nhanh va suy dién nhanh.
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A 4

Nhin vao d6 thi ta thdy dé phuong trinh da cho ¢
4 nghiém thi O<a<z =1<m<y?2’

Cau 32: Dap an A.
Phan tich: Ta c6 200 = (v—8).t =>t= ﬂOS . Khi do
’Z) —

E(v)=co’ ﬁ(; .Do cla hing s8 nén d& nang

~2000°

lwong tiéu hao it nhat thi f(o) 2 nho nhat.

Xét ham s6 f(v) trén (8;+oo)
30 (v- 8)2— v’ 0. 20° — 24202
(09 (0-9
f'(v)=0c>v=12.
Cau 33: Dap an D.
Phan tich: A sai do toa d0 diém B sai.

B sai do gia tri ceec dai cia ham s6 1a 3.

f'(w)=200.

C sai do d6 chi la gia ti cuc tri cia ham sé.

Cau 34: Dap an C.

Phdn tich: C sai do d6 chi la gid tri ciee dai ctia ham
sO.

Cau 35: Dap an B.
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Nhu da nhac & cau truedc thi do hai mit phang

(SBI ) va (SCI ) cung vudng goc voi (ABCD) nén
SI L(ABCD) nén SI la dudng cao cta S.ABCD.

Ké IK L BC tai K. Khi d6 ta chttng minh duoc

SKI = ((SBC);(ABCD)) =60°. Ta vé hinh phéng cla
mat ddy. Ta c6 M =ADNBC ta chitng minh dwoc
CD la duong tung binh cta tam giac ABM. Khi d6
AM =40;BM = [(2a)" +(4a)’ =2a\5;IM =34 . Ta
c6 AKMI ~ AAMB

M IR k=2 =2t

= = il
BM AB 205 5

Khi d6 SI = IK.tan 60° = 2% /3 = 3”\/5.

NI -

1
V==, —(a+2a).2a=

3\/52(a+a)a 5
A B
I

K
D C
M

Cau 36: Dap an B.

Ta c6 SH =+/SD? — HD? =+/SD?> — HA? — AD? = a3

AC_a2 AC_a2
2 4

; AO=
2 2

= HM =



13 dé thi thit THPT quéc gia mdn Toan — Kem loi giai chi tiét

Ngoc Huyén LB

HK || BD=> HK || (SBD)

= d(HK;SD) =d(HK;(SBD)).

Ma d(HK;(SBD))=d(H;(SBD)) (hé qua toi da
nhac dén trong sach dé vé ti s6 khoang céch giita
hai diém dén mot mat phang).

Ké HM 1 BD; HN 1 SM tai M. Khi d6
d(H;(SBD))=HN . Ma

t 1., 1 :HN:&
HN® SH? HM? 5

= d(HK;SD) = ALY

5
Cau 37: Dap an B
Phin tich: y'= —é.(—Zx).(E}—xz );37 = §x(3—x2 );37
- 3 3
Cau 38: Dap an B.
Do TCN cua d6 thi ham sd1a y=1 do d6 taloai C
vaD.
Ta c6 ham s0 ludn nghich bién trén titng khoang
xac dinh do d6 ta chon B do ¢ ad—bc=-5<0 .
Cau 39: Dap an B.
V= %.SA.SABCD = %.aﬁ.az = %
Cau 40: Dap an C.
Phdn tich: BAm may thtr gan cac gia tri vao cac s6
géan A, B r6i xét hiéu hai v& xme c6 bang 0 hay
khong, ttr d6 ta chon C
Cau 41: Pap an B

' v 2
y :(1082017 (x2 +1)) :m

Cau 42: Pap an D
Phén tich: Ti€p tuyén la CT 16p 11 vi thé nam 2017
sé khong thi dang nay, tuy nhién tdi van giai nhuw

sau:

Ta co A(O; —11) la giao diém cua (C) vdi truc tung.

Khi d6 phuong trinh tiép tuyén tai A c6 dang:
y=f'(0)x-11=-6x-11
Cau 43: Dap an D.

Phdn tich: A sai do Ham s6 ko dat gia tri nho nhat
1ao,

B sai do ham s8 dat GTLN bang 1.

C sai do c6 ton tai GTLN ctia ham so.

Cau 44: Dap an A.

Phin tich: A sai do V =Bh

Cau 45: Dap an B.

y=0& g
x=-1

Néu nhd ludn dang d6 thi nhw t6i da gidi thiéu o
dé trong b6 dé tinh tay toan déla a>0 c6 2 diém
cuce ti dang cht N, ttec 1a dong bién trén (—oo; —1)Vé1
(3;+oo) .

Cau 46: Dap an C

1L aV3 a3
2 7

V=a-.
2 4

Cau 47: Pap an C

Phdn tich: Sau 15 nam s6 tién nguoi dy nhan vé la:
10° (1+0.08)" ~317.217.000

Cau 48: bap an D

(2x-2)(x-1)-(x* -2x+3)

Tacod y' =

acdy (x—1)2
=x2—2x—1=0<:> x=1+2

(x-1) x=1-+2
Do do

. 11
min f(x)=£(1+32) =22;max f(x) = f(4) =5

Cau 49: Dap an D.

Néu thudc bang dang &6 thi ma tdi nhic dén nhiéu
lan trong bo dé thi &t han ban c6 thé nham nhanh
bai nay. Nham nhanh ta thdy tit ca A, B, C déu c6 2
nghiém phan biét, do dao ham ra dang ax” +bx . Ta
chon luén D

Cau 50: Pap an D.

Mot khoi da dién 161 dwoc goi 1a khoi da dién

déu loai { p,q} néu:

a) M6i mit ctia né 1a mot da gidc déu p canh.

b) M6i dinh ctia né 1a dinh chung cua ding q mét.
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PE SO 4
TOAN HOC TUOI TRE LAN 3

Cau 1: Cho ham s6 y= oL Hay chon cau
2x-1
dung:
y/\
ofn/2\1 X

A.Ham s0 ¢o hai chiéu bién thién.

B. Ham s6 dong bién trén R.

4 A - A A /4 2 1
C. Ham s0 dong bién trén cac khoang [_OO;EJ

(3]
va | —;+o
2

D. D6 thi ham s6 ¢6 hinh dang
Cau 2: Trong khong gian véi hé truc toa d6 Oxyz,
x=2-t

cho duong thang d:{y=3t ,teR. Vecto nao
z=2+5t

dudi day la vecto chi phurong ctia d?
A. i=(2;0,2). B. i=(1,-3;5).
C. i=(-1;-3;5). D. i=(-13;5).

Cau 3: Néu y=¢"" thi y'(In2)bang:

C. 2e*°7  D.2017+e

Cau 4: Trong khong gian véi hé truc toa d6 Oxyz,

A. 2017 B. &

cho vecto MN =(0;1;—1) va M(l;O;Z) thi toa d6

diém N la:
A. N(1;1;1) B. N(-1;1;,-3)
C. N(-1,-1,-1) D. N(1,-1;3)

Cau 5: Gia st ham s0 £ lién tuc trén khoang K
va a,b,c laba s6batky thudc K. Khang dinh nao

sau day la sai?

Lovebook.vn |46

PE THI THU THPT QUOC GIA NAM 2017

Moén: Toan
Thoi gian lam bai: 90 phat

A. f(x)dx:O

=

Gy 2 C—
~
—_—
=
[
2
Il
|
—
~
—_
=
N—
ISH
=

0

2 — YT R

f(x)

=
+
o —
\ﬁ
I

(x)dx =Ef(x)dx,c e (a;b)

D. | f(x)dx :Ef(t)dt

Cau 6: Trong cac ham sau, hay chiraham s6 giam

trén R?

well) o ees)

e

Ciu 7: Nghiém cua badt phuong trinh
log, (4x—3)22 la:

A. x>3 B.x>% C. x>3 D.%<x§3

Cau 8: Trong khong gian voi hé truc toa 4o Oxyz,
cho hai diém A(1,-2;3)va B(5;4;7). Phuong
trinh mt cau nhan AB lam duong kinh 1a:

A (x=1) +(y+2) +(2-3) =17

B. (x-3) +(y-1) +(2-5) =17
(y—4) +(z-7) =17

C. (95—5)2 +(y
D. (x-6) +(y

Cau 9: Khang dinh nao sau day la sai?

~2) +(z-10)" =17

A. 2017* > =x>-1.

B. Ham s6 y =log, 2x xac dinh khi x>0
C. B0 thi ham s6 y=2"va y=(EJ doi xting

nhau qua truc tung.
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D. Néu In(x-1)(x-2)=In(x—1)+In(x—2)
thi xphai nghiém ding bat phuong trinh
(x-1)(x-2)>0
Céu 10: Cho s6 phtic z, =1+2i,z, =3+i. Modun
cta s6 phtc z, +2z, bang:

D. 21

Cau 11: SO phutc lién hop voéi s6 phtc

A. 65 B.\J65  C.21

z=(1+i) -3(1+2i) la:
A.-9-10i B. 9+10i C.9-10i D.-9+10i

Cau 12: Trong khong gian véi hé truc toa do

x=1+2t
Oxyz, cho duong thang d:{y=t va mat
z=-2-3t

phéng (P):2x+y+z-2=0. Giao diém M cua d
va (P) o6 toa do la:

A. M(3;1;-5) B. M(2;1,-7)

C. M(4;3;5) D. M(1,0;0)

Cau 13: Cho ham s6 y :(x—l)(x+2)2. Trung
diém cua doan théng ndi hai diém cuec tri ctia &6
thi ham s& nam trén duong thang nao dudi day?

A. 2x—y—4=0 B. 2x—y+4=0

C. 2x+y+4=0 D. 2x+y—-4=0
Cau 14: Ba A gti 100 triéu vao ngan hang theo
thé thire 1ai kép (dén ky han ma nguoi giri khong
rut 1ai ra thi tién 1ai duoc tinh vao von cua ky ké
ti€p) voi lai sudt 7% mot nam. Hoi sau 2 nam ba
A thu dwoc 13i 1a bao nhiéu (gia st 1ai suat khong
thay ddi)?

A. 15 (triéu dong) B. 14,49 (triéu dong)

C. 20 (triéu dong) D. 14,50 (triéu dong)
Cau 15: Cho hinh chép S.ABCD, day la hinh chi®
nhat ABCDc6 BC=2AB,SA L(ABCD)va Mla
diém trén canh AD sao cho AM = AB. Goi V,,V,

lan luot la thé tich caa hai khéi chép S.ABMva

Voo
S.ABC thi V—lbéng:

2

cl ol
4 2

Ciu 16 Gid tri nao «cua a dé€

B.

N

f(esx2 +2)dx:a3 +27?
0

A.0 B.1 C.2 D.3
Cau 17: Nguyén ham cia ham s8
f(x)=€"(1-2017¢") la;

A. [ f(x)dx=e* +2017e ™ +C

B[ f(x)dx=e¢"—2017¢ +C

2017

C. jf(x)dxze"+ e +C

D. jf(x)dx:et%weuc
Cau 18: Trong khong gian véi hé truc toa dd
Oxyz,goi (o) 1a mit phang cit ba truc toa do tai
ba diém A(4;0;0),B(0;-2;0),C(0;0;6). Phuong
trinh ctia (a)la:

AX Y L2 0 B. X Y 2
4 -2 6 2 -1 3

C. 3x—6y+2z-12=0 D. 3x—-6y+2z—-1=0
Cau 19: Dién tich ba mat ctia hinh hop chit nhat
bang 20cm”,28cm’,35cm*. Thé tich ctia hinh hop
d6 bang:

A. 160cm® B.190 cm® C. 140 cm® D. 165 cni®

Cau 20: Gia tri 16n nhit cta ham so

x* +20
x)= +2\/; trén doan | 1;4 | 1a:
flx)=" an [1;4]
A.9 B. 32 C.33 D. 42
Cau 21: Cho hai s6 phtc z =a+bi va
z, =a—"bi(a,beR;z, #0). Hay chon cau sai?

A. z,+z, lasGthwec  B. z -z, lasd thuan ao

2 s o~ “ 2
D. - 14 s6 thuan ao

C. z,.z,1a s0 thue
z
2

Cau 22: C6 bao nhiéu duong tiém can ctia d6 thi

x+1

ham s6 y = ————="
NAx* +2x+1
A.1l B.2 C.3 D.4
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Cau 23: Diém biéu dién s§ phtic z thoa man
(3+2i)z=5-14i c6 toa dd la:

A.(-1;,-4) B. (1,4) C.(-1;4) D.(-4-1)
Cau 24: Trong cac phwong trinh dwdi day,
phuong trinh nao c6 hai nghiém la 1+ i3
B. x> +2x+4=0
D. x* —2x—4=0

A ¥ +i3 x+1=0
C. x*—2x+4=0

Cau 25: Trong khong gian véi hé truc toa do

Oxyz,cho duong thang d: x—lzy—_2 _z4 va

2 3
mét phang (oc) :2x+4y+62z+2017 =0. Trong cac

ménh dé sau, ménh dé nao dung?

A. d song song voi (oc)

B. d cat nhung khong vuong goc véi (OL)

C. d vuong gbc voi (a)

D. d nam trén (a)
Cau 26: Cho hinh chép S.ABC, day ABCla tam
giac déu canh bf?mg a,SA L (ABC ) va hop v6iSB

hop voi ddy mot goc 45°. Xét 2 cau:

23

(I) Thé tich ctia hinh chép S.ABCla V = 0

(I) Tam giac SABla tam giac can
Hay chon cau dung:
A. Chi (I) dang B. Chi (II) dung
C.Ca2dang D. Ca 2 sai
Céau 27: Phuong trinh 5" +6.5° —3.5""' =52 ¢6
mot nghiém duy nhat x, thudc khoang nao dudi
day?
A. (2;4)

B.(-1,1) C.(12) D.(0;2)

Cau 28: Ham sd y:m dong bién trén
khoang nao dwdi day?

A. (—oo;l) B. (0;1) C. (1;2) D. (1;+oo)
Cau 29: Biét log2=a,log3 =0 thi log%/(),TS tinh
theo ava bbang:

2b+a-2 B b+2a-2
T3 T3

A
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. 3b+a-2 D. b+3a-2
3 3

Cau 30: Vo6i gia tri nao cua x thi ham s

C

y=-log >x+log, x co gid tri 16n nhat?

% B. \2 C. 3 D.%

Cau 31: Giai

A

phuong trinh:
2log, (x—2)+log3 (x—4)2 =0. Mot hoc sinh lam

nhw sau:

. 1A x>2
Buéc 1: Diéu kién: { (*)
x#4

Buwoc 2: Phuong trinh da cho twong duwong véi
2log, (x—2)+210g3 (x—4)=0
Buwéc 3: Hay la:
log, (x—2)(x—4):0
o (x-2)(x-4)=1
o xP—6x+7=0x=3+2.

Dai chiéu véi BPK (*), suy ra phuong trinh da

cho co nghiémla x=3+ J2.
Bai giai trén dung hay sai? Néu sai thi sai 6 budc
nao?
A. Sai ¢ bude 1 B. Sai 6 budc 2
C. Sai 0 buoc 3 D. bang
Cau 32: Dién tich hinh phang gidi han béi d6 thi

ham s y=2x* —x* va truc hoanh la:

A.& B@ C. 42

. D. 242
15 15 \/_

Cau 33: Mot cai mii bang vai ctia nha do thuat
voi cac kich thude nhu hinh vé. Hay tinh tong
dién tich vai can c6 dé lam nén cai ma do

(khong ké vién, mép, phan thtra).

A
\4

35cm
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A. 700n(cm2) B. 754,25n(cm2)

C. 750,257t(cm2) D. 756,257c(cm2)

Cau 34: So sanh cac tich  phan:

\/;dx J=

I:

[ T
O eV | 2

1
sin’® x.cosxdx, K = Ixe"dx. Ta cb
0

cac két qua nao sau day?
A. I>K>]
C.[>I>K

B.I>]>K
D. K>I>]
Cau 35: Tap hop cac diém trong mat phang phtic
biéu dién cac sd phic z thoa man |z+2i| =1 la
duong tron cé phuong trinh nao sau day?
A (x+2) +yP=1  B.x?+(y+2) =1
C.x*+y*+4y-3=0 D.x*+y*+4x-3=0
Cau 36: Cho khdi lang tru tam giac déu
ABC.A'B'C' c6 canh d4y bang a2 va mbi mit
bén c6 dién tich bang 44>, Thé tich khdi lang tru
do la:

3 3
A. 226 3.# C. 6 D.”f

= 5
Cau 37: Giai bat phuwong trinh: (LJ < (ij .

J5 5

Mot hoc sinh lam nhuw sau:

Bwéc 1: Diéu kién x # 0(*)

R

Bwée 2: Vi L <1 nén [ij

5
2 1
<|—=| &—=25
V5 5 (JEJ x
Buwéc 3: Tte do6 suy ra 125xc>x£%. Vay tap

nghiém caa bat phuong trinh da cho la

Bai giai trén dung hay sai? Néu sai thi sai & budc
nao?

A. Ping

C. Sai ¢ buoc 2

B. Sai & bude 1
D. Sai ¢ budc 3
Cau 38: Mot cai thap hinh nén c6 chu vi day bang

207,5 m. Mot hoc sinh nam mudn do chiéu cao

cta cai thap da lam nhu sau. Tai thoi diém nao
d¢é, cdu do bong cua minh dai 3,32 m va dong thoi
do dwoc bong cua céi thap (ké tir chan thap) dai
207,5 m. Biét ciu hoc sinh d6 cao 1,66 m, hoi chiéu

cao cua cai thap dai bao nhiéu m?

A. h=103,75+ >1,875 B. h=103+ 51,87
i I
C. h=103,75+ 25,94 D. h=103,75
T

Cau 39: Cho ham s6 f(x)zln(xz—?,x). Tap

nghiém ctua phwong trinh f (x) =0 la:

3
A. (—oo;()) u(3;+oo) B. {E}
C. {3} D. &
Cau 40: Mot qua bong ban duoc dat tiép xac voi
tat ca cac mat caa mot cai hop lap phuong. Ti s6
thé tich ctia phan khong gian nam trong hop d6
nhung ndm ngoai qua béng ban va thé tich hop l1a:
8—m 3 6-m 2

B C. D. =

A. .=
8 4 6 3

X +mx+1

Cau 41: Cho ham s6 y= . Tim m dé

x+m
ham s6 dat cuyc dai tai x=2? modt hoc sinh lam
nhu sau:

. X 2mx+m® -1

Buéce 1: DzR\{—m},y ( )2
x+m

Buwéc 2: Ham sO dat cuc dai tai x=2
=v'(2)=0(+)
Bute 3: (+) o> m? +4m+3=0e| "~}

m=-3

Bai giai trén dung hay sai? Néu sai thi sai 6 budc
nao?
B. Sai ttt budce 2
D. bang

A. Sai ttr bude 1
C. Sai ttt budc 3
Cau 42: Gia tri ciia m d€ duong thang y =2x+m
cét duong cong y = i—j tai hai diém phan biét la:

A.m=1
C. m=0

B. m>0
D. Mot két qua khac
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Cau 43: Véi gia tri nguyén nao cua k thi ham sd
y=kx* +(4k—5)x" +2017 c6 ba cyc tri?
A. k=1 B.k=2 C k=3

Cau 44: Véi gia tri nao cia tham sd m thi ham s6

D. k=4

y =sinx—cosx + 20172 mx dong bién trén R ?

A. m=2017 B. m>0

C. m> D. m>

2017 2017
Cau 45: Co6 hai chiéc coc cao 10m va 30m Ian luwot
dat tai hai vi tri A, B. Biét khoang cach gitra hai
coc bf?mg 24m. Nguoi ta chon mot cai chot & vi tri
M trén mat dat nam gitra hai chan cot d€ giang
day ndi dén hai dinh C va D cua coc (nhu hinh
vé). Hai ta phai dat chdt ¢ vi tri nao trén mat dat
dé tong d6 dai ctia hai soi day d6 la ngan nhat?

A. AM=6m,BM =18m

B. AM=7m,BM =17m

C. AM =4m,BM =20m

D. AM=12m,BM =12m
Cau 46: Trong khong gian vdi hé truc toa do
Oxyz,cho mit phang (P):x—y+z+3=0 va ba
diém A(0;1,2), B(1,1;1),C(2; 2;3) Toa do diém
M thudc (P) sao cho ‘m +MB+ ]\TC‘ nho nhat la:

A. (4-2,-4) B. (-1,2;0)
C. (3;-2-8) D. (1,2-2)

Cau 47: Cho hinh lap phuong ABCD.A'B'C'D'
c6 canh bf?mg a. Xét 2 cau:

(I) Khoang cach tir A dén mét phang (A' BD)

m&ﬁ
3
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(II) Hinh lap phwong ABCD.A'B'C'D'co 9
mat phang ddi xting
Hay chon cau dung:

A. Chi (I) dung B. Chi (II) dung

C.Ca2dung D. C4 2 sai
Cau 48: Tinh thé tich V ctia vat thé nam gitra hai
mat phéng x=0,x=1, biét rﬁmg thiét dién cua vat
thé bi cat boi mit phang vudng goc véi truc Ox
tai diém c6 hoanh d6 x(0<x<1) la mot tam giac
déu c6 canh la 4, fln(l + x).

A. V=43 (2In2-1) B. V=43 (2In2+1)

C. V=83 (2In2-1) D. V=16r(2In2-1)

Cau 49: Trong khong gian véi hé truc toa do

x=2+t
Oxyz, cho dwong thang d:1y =1+mt va mit cau
z=-2t

(S):x* +y* +2° —2x+6y—4z+13=0. C6 bao
nhiéu gia tri nguyén cua m d€ d cat (S) tai hai

diém phan biét?

A.5 B.3 C.2 D.1
Cau 50: Cho cac ham s8 y=f(x),y=g(x),
() it 1o <8 e i oo £ o
Y= . Néu cac hé sd goc cua cac tiep tuyén

cula cac do thi cdc ham s6 da cho tai diém co

hoanh d6 x=0 bang nhau va khéc 0 thi:

A £(0)<; B. £(0)<
C. f(0)>i D. f(o)zi
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PAP AN VA LOI GIAI CHI TIET

1C 2D 3C 4A 5C 6D 7A 8B 9D 10B
11B 12A 13C 14B 15D 16B 17A 18C 19C 20B
21D 22B 23A 24C 25C 26C 27D 28B 29A 30C
31B 32B 33D 34A 35B 36C 37D 38A 39B 40C
41B 42D 43A 44C 45A 46B 47C 48A 49A 50B
Cau 1: Pap an C. . (5Y (3e) .. N1
Phdn tich: Ta c6 thé thdy ngay ticla (&j - (Ej - Vay co s6 ltc nay 16n hon

,_ab—bc 3
y MS* MS?

L . 1
>0 voi moi x¢5.

Vay ham s6 dong bién trén cac khoang (—oo;%) va

1)

(co

Két qua luu j: Ham 8 =2 il

cx+d
. ad-bc A an T 1ot
y'=——) ludn dong bién hodc nghich bien

(cx +d)

trén cac khoang (—oo; —gj va [—é g +00J.
c c

Cau 2: Pap an D.
Kién thtrc ap dung: Duong thang c6 phuong trinh
xX=x, +at
tham s6 d:{y =y, + bt thivtcp cuadla
z=2z,+ct
U= (a; b; c).
Cau 3: Dap an C.
Ta c6 cong thire (e” ) —u'.e". O day ta nham
nhanh rang (x + 2017)' =1. Do vay
yv(lnz) — eln2+2017 — 2@2017 .
Cau 4: Dap an A.
Xy =% o +x, =1
Tanhdm nhanh nhw sau: \y, =y, +y, =1
Zy =2 +2y =1
Cau 5: Pap an C.
Cau 6: Dap an D.
Ta thdy tat ca cac phuong an con lai co sd déu 16n
hon mét, riéng ¢ B va D thi co sd 16n hon 0 va
nho hon 1. Tuy nhién, ta thdy 0 B, sO ma la —x

1, do d6 ta chon D.
Cau 7: Pap an A.

Ta cé: bpt < * 4
4x-329
Cau 8: Dap an B
1(3;1;5) la trung diém cua AB, khi d6 I 1a tam

<Sx23

cta mt cau nhan AB lam duong kinh, ta khong
can di tim d¢ dai ban kinh vi tat ca cac phwong an
déu 1a 17. Do vay ta chon ludn B.

Cau 9: Pap an D.

Ta co:

Néu chi c6 diéu kién (x—1)(x—2)>0 thikhong
du boi khi d6 sé c6 TH (x—1) va (x—2) cling
nho hon 0. Do dé ln(x - 1) va ln(x - 2) khong
ton tai.

Cau 10: Pap an B.
Ta bdim may MODE — 2:CMPLX
An SHIFT+hyp (Abs) va nhap biéu thitc

1+2i+2x(3+1) méay hién 65
Cau 11: Pap an B
Ta bam may tinh dudi ché€ d¢ tinh toan véi s6
phttc MODE 2 dwgc z=9—-10i. Ma dé hoi s6
phtec lién hgp do d6 ta chon B.

Cau 12: Dap an A.

Ta c6 phuong trinh
2.(1+2t)+t-2-3t-2=0=t=1=M(3;1;-5)

Cau 13: Pap an C.

DPay la bai toan ting dung cua viéc tim phuwong
trinh dwong thang di qua hai diém cyec tri nhuw
sau:

Ta c6 két qua d6 la: Trung diém ciia doan thang noi
hai diém cwec tri chinh la diém udn ciia do thi ham sé
bdc ba.

Tacé y=(x-1)(x+2) =x* +32* —4
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Taco y"=6x+6=0=x=-1 :>y(—1)=—2. Thoa

man phuong trinh C.

Hodc quy ddc gia c6 thé lam ludn theo cach bam
may viét phuwong trinh di qua hai diém cuc tri ma
toi da gioi thiéu trong sach “Bo dé tinh tuy 6n thi
THPT Qudc Gia mon Toan”

Cau 14: Pap an B.

Ta c6 Sau hai ndm thi s0 tién 1ai ba thu dwoc la:
100(1+0.07)° ~100 =14, 49

Cau 15: Bap an D.

Ta co
1 AD 1 1
SABM = E -AB. T = Z SABCD = VSABM = Z VSABCD
“ , 1 Vo1
Mat khac V.. = 5 Vi pep do vay 7: =5

Cau 16: Dap an B

Ta c6 I:(x3 +2x) g:cf’ +2a=a’+2<a=1
Cau 17: Dap an A.

F(x)=](e" —2017.c " Jix =¢* +2017¢ ™ + C

Cau 18: Pap an C.
Phuong trinh c6 dang

f+l+§:1@3x—6y+22—12=0

4 2

Cau 19: Pap an C.
ab =20

Ta b {bc =28 < abc =+/20.28.35 =140
ca=35

Cau 20: Pap an B.
x* +20

Ta nhéan xét nhanh, thdy rd dong bién
trén [1;4], \/; cling dong bién trén [1;4]. Do dé
Min, Max cua f (x) nam & dau mut, khi do
Max f (x) = f(4) =32
Cau 21: Dap an D.
Cau 22: Pap an B.
Hai TCN la y :%
Cau 23: Dap an A.
Bam may tinh v6i ché d0 MODE — 2:CMPLX
5-14i
3+2i
Cau 24: Pap an C.
Ta thdy z, +z, =2;z,z, =4= chon C.

va y——l
2

vOi z= =-1-4i
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Cau 25: Dap an C.

d c6 vtep U= (1; 2;3)

(oc) co vipt n= (2; 4; 6) = 2(1; 2,'3) do dé u cung
phuong véi n dodéd vudng gbc voi (oc) .

Cau 26: Dap an C.

SB hop voi day mot goc 45° do do6 tam giac SAB
vuong can tai A. Khi d6 SA=AB=a.Vay

_1,1a88 243
3 2 2 12

Cau 27: Dap an D.

Tacé 5" +6.5° —3.5" =52

<:>5—52.5x =525 =hbox=1

= (I), (I) dung.

Cau 28: Dap an B.

DZI:O;Z] y,: —x+1

N2x —x°
s& dong bién trén (0; 1)

Cau 29: Dap an A.

Gén log2 cho A, log3 cho B, thtt trén may ta dwoc

>0< x<1.Suy raham

dap an A.

Cau 30: Pap an C.

Cau 31: Dap an B.

Chitra lai nhu sau & budce 2:

Phuong trinh da cho twong duong véi
2log, (x - 2) +2log, |x —4| =0

Cau 32: Dap an B.

x=0

Tacd 2x* —x* =0 .Khi d6
L:i\/i

2 2
S= J ‘sz —x4‘dx:2j(2x2 —x4)dx
> 0

(45 2
3 5

Cau 33: Dap an D.
Tong dién tich dwoc tinh bang tong dién tich

2 8 8 1632
2SN
0 3\/_ 5\/_ 15

xung quanh ctia hinh tru va dién tich mét day,
vdi dién tich hinh vanh khan.
Ta co
$=217,530+n7,5 +mn.(17,5" =7,5" ) =756,25n
Cau 34: Dap an A.
Ta co I=E;]=1;K=1 =>I>K>]
3 3
Cau 35: Dap an B.
lz+2i|=1<x +(y+2) =1
Cau 36: Dap an C.
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2
Taco h= da =2a\/5.

a2
V=Bh= %.a«/i. u\/i.«/g 2a\2 = a3\/g

2

Cau 37: Pap an D.

Buc 3: Vi chuyén bat phuong trinh twong duwong
nhan hai vé& v6i x ma khoéng xét ddu cua x.

Cau 38: Dap an A.

Tacd:
1,66: h :>h:103,75+51’875
3,32 207,5 T

+207,5
21

Cau 39: Dap an B.
2x-3 3
In(x* - 3x)) = =0 x==
( ( )) x* —3x 2
Cau 40: Dap an C.
Qua bdéng ban c6 ban kinh r, hinh 1ap phuong c6

canh 2r. Khi dé V tréngla V, = (81*3 — % nr3j .

8 4TC
V Y _
Khido 2=—3 07T
v 8 6

Cau 41: Dap an B.
D&u tuwong duong dung sai, & day chi la dau suy
ra va sau d6 phai tht lai sau buedce 3.
Cau 42: Pap an D.
x #1. Xét phrong trinh hoanh d¢ giao diém ta c6
dé hai @6 thi ham sé catwsn hau tai hai diém
A oA \ xX# 1
phan biét thi: {sz . (m ~ 3)x C—120

2+m-3-m-1=0
= Vm

(m—3)2 +8(m+1)>0
Cau 43: Dap an A.
Ta nham nhanh nhu sau: D& ham s c6 ba cuec tri
thi phuwong trinh y'=0 phai c6 ba nghiém phan
biét, tirc 1a (4k —5)k <0 . Chi c6 A thoa man.
Cau 44: Dap an C.
Ta cd y'=cosx+sinx + 2017+/2m . Ta c6

y'=+/2sin (x + EJ +2017+/2m . D& ham s8 da cho

dong bién trén R thi y'>0 véimoi x e R. Dau

bang xay ra tai hitu han diém.

= sin[x + EJ >-2017m véi moi x e R. DBiéu nay

xay rakhi 2017m<-1<m> L
2017

Cau 45: Dap an A.
Ta c6 dit AM=x khi d6 MB=24—x;x<(0;24)
Khi d6

CM + DM = f(x) =107 + x> +,[30% + (24 - x)".
Luc nay ta thtt xem dap an nao Min.

Cau 46: Dap an B.

Goi I 1a diém thoa man IA+IB+IC=0
=1(1;0;2). Ma

‘W+W+ATC :‘IZ+E+E+3W =3MI.D¢€

[MA + MB + MC|nh6 nhat thi

MI 1(P)=M(-1,2;0).

Cau 47: Dap an C.

Ta c6 goi 1 1a khoang cach tir A dén mit phang
(A'BD) thi %:%:h:%:([) dung.

Xét khéi lap phuwong ABCD.A'B'C’'D’

Goi M,N,P,Q lan luwot la trung diém cua AB, BC,
CD, DA

M’, N’, P’, Q' lan luot la trung diém ctia A'B’,
B'C’,C'D’, D'A’

R, S, T, U lan luot la trung diém ctia AA’, BB,
CC’, DD’

Khéi lap phuwong ABCD. A'B’C’'D’ ¢6 9 mp d6i
xtrng nhu sau :

a) 3 mp d6i xting chia no6 thanh 2 khéi hop chiv
nhat (Ia cdc mp MPP'M’, NQQ’'N’, RSTU)

b) 6 mp d6i xting chia né thanh 2 khoi lang tru
tam giac (Ia cicmp ACC'A’, BDD'B’, AB’C'D,
A’BCD’, ABC'D’, A’B'CD). Vay (II) dting.

Cau 48: Dap an A.

Cau nay tuong tw nhu cau s6 26, dé so 8 trong
sach “Bo dé tinh tay 6n thi THPT Qudc Gia nam
2017” ma toi da phan tich va dé cap rat ki. Do d6
o day:

Ta co

S(x) =%.41 fln(l + x). + ‘ln(l; x)\/g = 4\/5.1n(1 + x)

Vay V =jS(x)dx:4J§jln(1+x)dx
0 0
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1

Dit u=1n(1+x):>du=
1+x

dx; dv=dx=v=x

1 L x
-
0 1+x

0

1
0
=443.(In2-(1-1n2))=443.(2In2-1)

Cau 49: Pap an A

Ta c6 phuong trinh

(2+t)2 +(1+mt)2 +4t —2.(2+1)+6.(1+mt)
+8t+13=0

& (m* +5)8 +2.(5+4m)t+20=0

Khido V =4\/§.(x.ln(1+ x)

v :4\/5.[1n2 ~(x-In(1+x))
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Dé thoa man yéu cau dé bai thi phwong trinh c6 2
nghiém phan biét. < (5+4m)" —20(m’ +5)>0
<4m’ —40m+75<0 < 2,5<m<7,5.Vay c6 5
gia tri nguyén ctia m thoa man.

Cau 50: Dap an B.

g (0)
@a_u.(g(o —f(O))
g (0)
2 1 1) 1
= £(0)=-¢(0)+5(0)-1 - (0)-3] <1
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PESO 5
TOAN HOC TUOI TRE LAN 4

Cau 1: Hinh dwéi la d6 thi ctia ham sd nao trong
bén ham s& dwoc liét ké & bon phuong an A, B,
C, D sau:

AN

-1 O 1 x

\ 4

A.y=x"-3x+2 B.y=x"'-2x"+1

C.y=x>+2x-3 D. y=-2x"+3x"-1

3 2
X

Cau 2: Cho ham s§ yzf(x)=%+?+x, khi d6
tap nghiém ctia bat phuwong trinh f (x) <0 la:

A @ B. (0;4+0) C.[-2;2] D. (~o0;+)
Cau 3: Ham s6 y=+x-x" nghich bién trén
khoang;:

aia] Bfoi] c (—0;0) D. (1;+0)

2 2

Céau 4: Ham s8 y=x"+3x* + mx+m ddng bién
trén tap xac dinh khi gia tri caa m la:

A.m<1 B. m>3

C. -1<m<3 D. m<3
Cau 5: Cho ham s8 y=mx’+2x" +(m+1)x -2
Vi gia tri nao cta mthi ham s6 da cho c6 mot
cue tri?

A.m<0 B.m>0 C.m=0 D.m<1
Cau 6: Cho ham s8 y=x"-3x"+2(C). Duodng

thang nao sau day la tiép tuyén cta (C ) co hé s6

goc nho nhat:
A, y=-3x+3 B. y=-3x-3
C. y=-3x D. y=0

Cau 7: Cho phuong trinh —x* +4x*> —3-m=0.
Voi gia tri nao cuia mthi phuong trinh c6 4

nghiém phan biét:
A.1<m<2 B. -1<m<?2
C. 3<m<1 D. 1<m<3

PE THI THU THPT QUOC GIA NAM 2017

Mo6n: Toan
Thoi gian lam bai: 90 phat

Cau 8: SG diém co toa dd la cac s6 nguyén trén d6
+3

thi ham s8 y=""" Ia:
x+2
A.4 B.2 C.3 D.1

Cau 9: Ham s6 y =x* +x” +1 dat cyc ti€u tai:
A.x=-1 B.x=1 C.x=0 D.x=-=2
CAu 10: Cho ho db6 thi (Cm):y=x4 +mx?—m—1.
Toa d0 cac diém ma moi do6 thi ctia ho (Cm) di
qua la:
A.(-1,0) va (1,0)  B.(1;0) va (0;1)
C.(-21) va (-2;3) D.(2;1) va (0;1)
x+2

Cau 11: Cho ham s6: y=
x+1

(C). Goi d la
khoang cach tir giao di€ém hai tiém can cua do6 thi
(C ) dén mot tiép tuyén ctia (C ) Gia trj 16n nhat
d c6 thé dat dwoc la:

A3 B3 2 D22

Cau 12: Biéu thtic A =4"%° ¢6 gid tri la:

A.6 B.9 C.16 D.2
Cau 13: Dao ham ham s6 y = 2*.3" bang:

A. 6"In6 B. 6

C.2"+3" D. 2" 431

Cau 14: Cho ham s§ f(x)=e" (3—x2). Pao ham

ham s0 triét tiéu tai cac diém:

A . x=1x=-3 B. x=1,x=3
C.x=-1Lx=3 D. x=0
Cau 15: Phurong trinh log, (3x—2)=3 co6 nghiém la:
A. a B. 2 C. » D. 87
3 3 3
Céau 16: Ham s y :ln(—x2 +5x—6) cd tap xac
dinh la:
A. (—oo;2)u(3;+oo) B. (O;+oo)
C. (—o5;0) D. (2;3)

Cau 17: Tap nghiém cua bat phuong trinh
32.4*—18.2" +1<0 la tap con cua tap:
A.(-5-2) B.(-40) C.(L4) D.(-31)
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Cau 18: Cho a=log,,3,b=log, 5 khi do
log,,1350 tinh theo a,b b::fmg:

A. 2a+b+1 B. 2a-b+1
C.a+2b+1 D. 2a-b-1
B+l 2-B

Cau 19: Rat gon biéu thike NG
(=)

> (v6i a>0)

duoc két qua la:
A.a B. a Ca D. @’
Cau 20: Goi M, m lan luot la gia tri 16n nhat va
x2
gia tri nho nhat cia ham s6 y=— trén doan

X

e
[-1;1]. Khi d¢:

A.le;m:O B. M=¢e;m=0
e
1
C. M=¢em=- D. M=¢em=1

e
Cau 21: SO nghiém cua hé phuong trinh:

y2 =4"+1 Ia:
2T 4y—1=0
A.2 B.3 C.1 D.4
Cau 22: Nguyén ham cta ham s6

f (x) =sinx.cosx trén tap so thuc la:

A. %costJrC B. —icostJrC

C. —sinx.cosx D. —%sin2x+C

Cau 23: Nguyén ham F (x) cia ham s0
f (x)=4x3 —-3x*+2 trén tap s6 thuc thda man
F(-1)=3 la:

B. x* —x® +2x

D. x*—x*+2x-3

A x*—x°+2x+3

C. x*—x’+2x+4
’\E N
Cau 24: Tich phan: I 3xvVx* +1 dxbang:
0
A.3 B.7 C.-5 D. -3

Céu 25: Tich phan: j(|3x ~1|-2J|) dx béng:
0

Cau 26: Tich phan: |e*sinx dxbang:

ce— s

A. 1-e2 B. 1+e2
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C. %[1+e2J D. 2(1+e2]

Cau 27: Thé tich khdi tron xoay nhan duoc khi
quay hinh phang giéi han bdi duong cong
y =3x—x” va truc hoanh quanh truc hoanh bang;

A. 8ln (dvtt) B. 85m (dvtt)
10 10

41n

87
C. — (dvtt D. —=(dvtt
7(V) 7(V)

Cau 28: Dién tich ctia hinh phang giéi han boi cac

Inx

2Jx
A.3-Je B.2-e C.2+Je D.e-3

Cau 29: SO nao trong cac s0 sau la s6 thuan ao:

A (V2+2i)-(N2=i) B. (2016+i)+(2017-i)
C. (3-i)—(2-1)

Cau 30: S6 phtc lién hop ctia s6 phuc
z=(1-i)(3+2i) la:

duong x=1,x=e,y=0 va y = bang:

D. 20177>

A z=1+i B.z=1-i
C.z=5-i D. z=5+i
Cau 31: D& s8 phtic z=a+(a—1)i (a la s thyc)

6 |z|=1 thi:
A.a=1 B.azE
2 2

C.a=0 hoaca=1 D. |a|=1

Cau 32: S8 phtrc z=(1+ 21')2 (1-1) c6 mé dun la:

A. =52 B. |2|=50
c. =22 D.[4=12
3 3

Cau 33: Trén mat phfmg toa do cac diém A,B,C
[an luot 1a diém biéu dién ctia cac s phiic il ;
Z —_
(1-i)(1+2i);-2i°. Khi d6 tam gidc ABC:
A. Vuong tai C

C. Vudng can tai B

B. Vuong tai A

D. Tam giac déu

- 2
Céu 34: S§ phirc z thoa man z+3z=(1-2i) I

A.—§+2i B.2+§i C.Z—Ei D.—E—Zi
4 4 4 4

Cau 35: Dién tich hinh tron 16n ctia hinh cau la S.

Mot mét phang (P) cat hinh cau theo mot duong
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tron c6 ban kinh 7, dién tich %s. Bidt ban kinh

hinh cau 1a 7, khi d6 r bang:

A RV2 R\3 R\2 R\3

B. C. D. —
4 6 2 3

Cau 36: Hinh chop tit giac déu co tat ca cac canh

bang a. Thé tich khdi chép d6 bang:
3 3 3 3
@2 B.‘“/E C.‘“/E D.—a‘/5
2 6 3 3
Cau 37: Nguoi ta bo vao mot chiéc hop hinh tru

ba qua béng tennis hinh cau, biét rang day hinh
tru bang hinh tron 16n trén qua béng va chiéu cao
cta hinh tru bang ba Ian duong kinh qua béng.
Goi S, la tdong dién tich cua ba qua béng, S, 1a
dién tich xung quanh ctia hinh try. Ti s& dién tich
5 la:

SZ

A.2 B.5 C.3 D.1
Cau 38: Hinh hdp chit nhat ¢ ba kich thwdc la
a,b,c thi duong chéo c6 d6 16n la:

A Na® +b* - ¢? B. \a® +b* +¢*

C. \2a* +2b* - ¢? D. vJa* +b* -2c?

Cau 39: Cho hinh chép S.ABCD c6 day ABCD la
hinh thang vuong tai A va B,SA vuodng goc vdi
mit phang (ABCD),AB=AC=a,AD=2a, gbc
gitta SC va mat phang (ABCD) bang 45°. Goc
gitta m4t phang (SAD) va (SCD) bang;

A.45°  B.30° C. 75° D. 60°
Cau 40: Cho hinh chép tam giac déu day c6 canh
bang a, gdc tao bdi cadc mat bén va day bang 60°.
Thé tich khoi chop la:

23 26

A.V: B_V:
24 24
3 3
(:.V:Ng D.v=%
8 8

Cau 41: Thiét dién qua truc ctia hinh nén la tam
gidc déu canh 64. Mot mat phang qua dinh S cua
nén va cat vong tron day tai hai diém A va B.
Biét s6 do goc ASB bang 30°, dién tich tam giac
SAB bang:

A.184> B.16a> C.9a° D. 104°

Cau 42: Cho hinh chép S.ABC c6 day ABC la
tam gidc vudng tai B vdi AB:a,BC:a\/E,
SA=2a va SA vudng gbc véi mit phang
(ABC). Biét (P) la mat phang qua A va vudng
gbc v6i SB, dién tich thiét dién cat boi (P) va
hinh choép la:

2 2
A 4g «/ﬁ B. 4a «/5
25 15

2 2
C. 8a \/B D. 4q \/g
25 15

Cau 43: Trong khong gian véi hé toa do Oxyz cho
ba vecto ;1(—1;1;0),5(1;1;0),2(1;1;1). Trong cac
ménh dé sau ménh dé nao sai?

A ab=0 B.|d=\3 C.|d=+2 D.bc=0
Cau 44: Trong khong gian véi hé toa do Oxyz,

mat phang song song véi hai duong thang:

x=2+t
dlzx—2=y_+125 va d,:qy=3+2t cb6 vecto
2 3 4 1
phép tuyén la:
A. n=(-5;6;-7) B. n=(5,-6;7)
C. n=(-5-6;7) D. n=(-56,7)

Cau 45: Trong khong gian véi hé toa do Oxyz,
mat cau (S) tam 1(1;2;—3) di qua diém A(1;0;4)
c6 phuong trinh la:

A (x+1) +(y+2) +(2-3) =5

2

2
+2) +

z+3

B (1) +(y+2) +(2+3)
C(x=1) +(y- 2)2+(Z+3)2=
D. (x=1) +(y-2) +(2-3) =5
Cau 46: Cho ba diém A(1;6;,2),B(51;3),
C(4;0;6), khi d6 phuong trinh mit phang
(ABC) la:

A. 14x+13y+9z+110=0

B. 14x+13y—-9z-110=0

C. 14x-13y+9z-110=0

D. 14x+13y+9z-110=0
Cau 47: Trong khong gian voi hé toa d6 Oxyz, vi
tri teong ddi ctia hai dwong thang
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x=1+2¢ x=7+3m
d:qy=-2-3t va d,:qy=-2+2m la:
z=5+4t z=1-2m
A. Chéo nhau B. Cét nhau
C. Song song D. Trung nhau

Cau 48: Trong khong gian v6i hé toa do Oxyz cho
ba diém A(-2;1;0), B(-3;0;4),C(0;7;3 ) Khi d6

COS(E,%) bf?mg:

4 144118 5 _7\118
354 177

o V798 D, 798
57 57

Cau 49: Trong khong gian v6i hé toa do Oxyz cho
tt dién ABCD o6  A(2:3;1),B(41-2),
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C(6;3;7), D(-5—4;8). Do dai dwong cao ké tix
D cua t¢ dién la:

45 NG

A.11 B. — C. — D. %

7 5 3
Cau 50: Trong khong gian v6i hé toa do Oxyz cho
bén diém A(1,1;1),B(1;,2,1) C(,1,2 ) DR;2;1)

Tam [ cua mat cau ngoai tiép tit dién ABCD c6

toa do:
3,33
A. (3;3,-3) (E"_E’Ej
C [é,é;éj D. (3;3;3)
2'272
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DAP AN VA LOI GIAI CHI TIET

1B 2A 3A 4B 5C 6A 7C 8B 9C 10A
11C | 12B | 13A | 14A | 15C | 16D | 17B | 18A | 19C | 20B
21C | 22B | 23A | 24B | 25A | 26C | 27A | 28B | 29A | 30D
31C | 32A | 33C | 34D | 35C | 36B | 37D | 38B | 39D | 40A
41C | 42A | 43D | 44D | 45C | 46D | 47A | 48B | 49A | 50C

Cau 1: Dap an B
Phdn tich: Nhan thay day la dang d6 thi cua ham s6 bac bon trung phuong,
nén phuong an A, C loai. Véi B, C ta thdy. Ham s6 ¢ phuong an B c6
x=1
y'=4x’ —4x=0<| x=-1 . Nhin vao do thi thi ta thdy hoanh d¢ hai diém cuc
x=0
tiéu , cuc dai thoa man, nén chon B.
Cau 2: Dap an A.
Phin tich: Vi bai toan nay ta s& di im f'(x) roi thé vao bt phuong trinh
ban dau.
1) 3
Loi gidi: Ta 6 f'(x)=x"+x+1. Nhan xét x’ +x+1:(x+§J +5>0 voi
moi x . Do vay bat phuong trinh v6 nghiém.

Cau 3: Dap an A.
Phdn tich: D€ tim khoang dong bién, nghich bién ctia ham s6 thi ta di tim

Chu y: Vi dang toan
nay, dé€ xét dau cua dao
ham trén mdi khoang
ma ta da tim ra, ta chi
can thtr mot gid tri bat ki
trong khoang dé dé€ xét
d4u ctia dao ham.

nghiém cta phuong trinh y'=0 hodc gia tri lam cho phuong trinh y'=0
khong xac dinh, ttr d6 tim duoc cac khoang dong bién, nghich bién cua ham
s0.
Loi gidi: Diéu kién: xe(0;1)
Ta c6 y'=(\/x—x2 )=ﬂ
2Vx—x°

Cia e .| x=0

y"' khong xac dinh khi LC _q

y'=0 khi x= % . Khi d¢ ta c6 2 khoang can xét d6 1a (O;%j;[%;l). Nhan

thdy 6 day y'<0 véi x e [%, 1], do d6 ham s8 nghich bién trén (%;1]'

Cau 4: Dap an B

Phdn tich: Ham s da cho:

1. LA ham s6 bacba c6 hé s6 a=1>0.

2. Cotap xadc dinh D=R.

Do d6 gidong nhu t6i da trinh bay trong cudn bd dé Tinh Tay 2017 thi d€ ham
sO bac ba c6 cac diéu kién trén dong bién trén R thi phwong trinh y'=0 ¢
nghiém kép hodc vo nghiém.

Loi gidi: Ta xét phuong trinh y'=0 < 3x” +6x+m=0.

D€ phuong trinh trén v6 nghiém hodc ¢6 nghiém kép thi A'=3* —3m<0
<Sm=3
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Cau5: Pap an C

Phin tich: Ta nhan thay day la mot bai toan stt dung meo nhd khé la nhanh
dd6 1a: D6 thi ham s6 bac ba hodc la c6 2 diém cuc tri, hodc la khong c6 diém
cyece tri nao. Do vay ¢ day, dé€ ham sd da cho c6 mot cuc tri thi ham s da cho
thoa man diéu kién khong 1a ham bac ba, téec la m=0. Khi m=0 thi ham sd
da cho trd thanh ham sd bac hai, ma d6 thi ham sd bac hai la parabol luén c6
mot diém cuec tri.

Cau 6: Dap an A

Phdn tich: Ta thay hé s6 goc cua ti€p tuyén tai diém cé hoanh d6 x=x, la
f'(x,).Taco f'(x,)=3x2 —6x,=3(x, 1) ~3>-3 véimoi x,. Do d6 hé s§
goc tiép tuyén nho nhat la -3 khi x, =1. Khi d6 phuong trinh ti€p tuyén la
y=-3x+3

Cau 7: Pap an C.

Phdn tich: Ta thay day la bai toan c6 thé c6 lap m sang VP, do do ta sé lam
theo cach vé BTT tir d6 két ludn s6 nghiém cua phuong trinh.

Loi gidi: phuong trinh da cho twong dwong véi:

—x* +4x* —3=m . Dat f(x)=—x"+4x> -3 c6

f(x)=—4x" +8x = 4x(—x2 + 2)
x=0
Phuong trinh f'(x)=0< | x=—2. Khi d6 tir BBT ta c6:
x=2
X -0 2 0 J2 +a0

+ 0 - 0 + 0 .

f(x)

» NG N

Nhin vao BBT ta thdy d€ phuong trinh da cho c¢6 4 nghiém phén biét thi
-3<m<1

Cau 8: Pap an B

Phén tich: V4i bai toan dang nay ta sé chia t&t 6 cho mau sd, gidng nhuw bai
toan giai phuwong trinh nghiém nguyén ma ta da hoc ¢ cap 2.

x+3 1

Loi gigi: Ta cb y= 1+ . D€y la s nguyén thi x+2 la wdc cua 1.
xX+2 x+2

Ttcla x+2=41<x=-1,x=-3. Vay co hai diém co toa d¢ l1a cac s6 nguyén
x+3
x+2

trén d6 thi ham s6 y =
Cau 9: Pap an C

Loi gidi: y'=4x +2x=2x (2x2 + 1) . Phuong trinh y'=0 c6 nghiém duy nhat
x=0.Do &6 chon C.

Cau 10: Dap an A.

Phin tich: Day la dang toan tim diém cd dinh ctia d6 thi ham s6 cho trudc co
tham s6. Véi dang toan nay ta c6 cac budc lam nhu da note ¢ bén.
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Ghi nhé: d6 thi ham s6
bac ba hoac la cé hai
diém cuc tri, hodc 1a
khéng c6 diém cuee tri.
Khoéng c6 TH c6 mot
diém cuc tri

Meo: O day ta co6 mot
meo nhanh dé€ khéng
can vé BBT d6 1a;

Vi @6 thi ham s6 bac
bén trung phuong ¢
hai diém cuec tri:
1.V6ihés6 a <0 thicod
dang chit M ( chi la
meo).

2.Véihésd a>0 thicod
dang chit W.

Trong sach bo dé tinh
tiy toan 2017 t6i da
trinh bay.
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Ghi nhé: cac bude tim
diém c6 dinh ctia d6 thi
ham s8 chira tham sd:
1. Chuyén y sang VP.

2. GOp cac hang tt ¢
tham s6 va dit tham s&
chung ra ngoai.

3. Cho cac biéu thitc
trong ngoac sau khi dat
tham s& ra bang 0.

Ghi nhé: Véi bai toan
dang lién quan dén
khoang cach, ta nén tach
ham s phan thuc ( tic
1a 14y ti 8 chia mau sd)
nhu bai lam bén d€ khi
thay vao cong thitc
khoang cach sé rat ngan
thoi gian rat gon.

X+2 1

Vi du: =1+—
x+1 x+1

Loi gidi: ta ¢6 y=x" +mx’ —m—l@m(x2—1)+x4—y—1=0. Diém ma c6

2-1=0 =1Ly=0
dinh ctia ho (Cm) théa man {x = {x Y

xt—y-1=0 |x=-Ly=0
Cau 11: Pap an C

er2:1+ L ,Vx;tl;y':_—l

x+1 x+1 (x+1)2

Tacod y=

Ta thay I (—1; 1) la giao di€ém hai duong tiém can ctia d6 thi ham s6. Phuong

1 jlé:
x, +1

trinh tiép tuyén voi (C) tai diém (xo 1+

(4)

-1
m(fx—xo)‘i‘l'}—xo 1

Khoang céch tir I dén (d) 1a:

y:

-1
(xo-'-l)z(—].—xo)—].+1+x0 1

d(I;(a))z =

o 20x 3

\/(xo +1)4 i1 \/2 (%, +1)4

Cau 12: Dap an B

2|x, +1]

=2 ( Ap dung bat déng thitc Cauchy).

Ghi nhé: Cong thirc ap

dung: a°*" =b

Loi gidi: A=4"" = (2%} =3* =9

Cau 13: Dap an A.

Loi gidi: Ta c6 y'=(2"3")' =(6")' =6".In6
Cau 14: Pap an A

Ghi nhoé:
a*.b* = (ab)X ;

X

(a )'=ax.lna

Phén tich: O day cau noi dao ham ham sd triét tiéu tic la gia tri d€ cho dao
ham ham sd bang 0. Ttic 1a ta di tim nghiém ctia phuong trinh £ (x) =0
Loi gidi: Ta 6 f'(x) =(ex (3 —x* ))' =e".(3—x2 ) —2x.e" =¢ (—x2 —2x+ 3)
x=1
"(x)=0<—x*-2x+3=0 (Do ¢* >0)
f(x) ( ) L:_3
Cau 15: Pap an C.

e ae IyALL LiA 2
Loi giai: Diéu kién: x > 3

pt < 3x-2=3" @xzz—:(théamén)

Cau 16: Dap an D.

Loi gidi: Diéu kién d€ ham s6 xac dinh 1a —x* +5x-6>0 <2<x<3

Cau 17: Dap an B

Phan tich: Vi bai toan dang nay ta giai bat phwong trinh. Nhan thay day la

dang bat phuong trinh ma thuong gap, do hang te 32.4* =32. (2" )2 . Do vay

ta sé giai bai toan nhuw sau:
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2
Loi gidi: BPT <:>32.(2x) ~18.2* +1<0 @(2.2* —1)(16.2" —1)<0

<:>l<2" <1 S4d<x<-1

16 2

Nhan thay ¢ day (—4; —1) la tap con cua tap (—4; 0) do d6 chon B.

Cau 18: Pap an A

Phdn tich: Véi bai toan dang nay, ta thuong phan tich 1350 ra dang thira s&
nguyeén t0, tir 46 dwa vé cac s6 da cho trude.

Loi gidi:

Ta co

log., 1350 =log,, (2.3°.5* ) =log,, (2.3.5) + log,, (3°.5)

=1+2log,, 3+log,, 5=2a+b+1

Cau 19: Pap an C.
Loi gidi: ta c6 LA
' (a2) 2 () g

Cau 20: Dap an B.
Phdn tich: Néu khong xac dinh dwoc ham s6 da cho lién tuc va don diéu trén
doan d¢ thi ta nén lam tttng buedc maét.

. x _ x' 2 :0 , .
Loi giai: Taco y'= e —e X =0 {x I Nhan thay 0 thudc doan dang

er
xét nén ta sé xét cac gia tri y(—l);y(O);y(l) .
Tacd M = Max{y(—l);y(O);y(l)} =e; m= Min{y(—l);y(O);y(l)} =0
Cau 21: Pap an C.
Phdn tich: Nhan thay khi nhin vao hé phuwong trinh ta thay kha kho, tuy nhién
¢ phuong trinh thit hai cia hé ta c6 thé chuyén bién y theo x, tir d6 thay vao
phuong trinh th nhét ta dwgc mét phwong trinh md, bai toan tré thanh tim
s0 nghiém cua phuong trinh ma.
Loi gigi: Ta ¢ phuong trinh (2) < y=1-2"" . Thay vao phuong trinh tht
nhat ta dwoc:
(1-271) =4 +1 ©222 22 24" ©42% 2% 427 =0
<> 3.2% —4.2* =0. Phuong trinh sau khi bién ddi c6 duy nhat mot nghiém, do
do ta chon C.

Cau 22: Pap an B

A s N 1. A T
Phdn tich: Ta thdy sinx.cosx = Estx do vay, ta cd 10oi giai sau:

Loi giai:
Isinxcosxdx = 1J.siandx =1.j2.sin2xdx = Ilsiand(Zx) = —1c052x +C.
2 4 4 4

Cau 23: Pap an A
Phadn tich: Do ho cac nguyén ham ctia ham sd sau khi tim ra ¢6 hang s6 C. Dé

bai cho gia tri F (—1) =3 dé tim C, tir d6 xac dinh mot nguyén ham can tim.

Loi gidi: Ta c6 F(x)= J.f(x)dx = J.(4x3 -3x" + Z)dx =x' x> +2x+C.
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Ghi nhé:
Coéng thirc ap dung;:
log, x+log_ y=log, xy

Ghi nhé: Ham s6 ludén
don diéu trén mot doan
cho truede thi dat GTLN,
GTNN tai cic diém dau
mut. Néu gdp cac ham s§
dang nay, ta bé qua budc
fim dao ham va két luan
luén GTLN, GTNN.
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Ghi nhé: Vi bai toan tich
phan chita can dang nhw
bai toan bén, ta thuong
dat can thirc thanh mot
bién mdi, tir d6 ddi can va
tinh toan dé dang hon.

Ma F(-1)=3 dod6 (1)’ ~(-1)’ +2.(-1)+C=3C=3

Cau 24: Dap an B.

Véibai toan nay ta c6 thé bAm may tinh ra két qua la B. Tuy nhién t6i xin trinh
bay 1oi giai nhw sau:

Véi bai toan nay, ta c6 thé st dung phuong phap d6i bién bang cach dat

F=x?+1.

Loi gidi: Dat t =x* +1 o t? = x> + 1= 2tdt = 2xdx < xdx = tdt .

Giai thich: Nut gid tri
tuyét d6i ki hiéu la Abs
vi trong tiéng anh:
Absolute value: gia tri
tuyét déi.

Ghi nho: Véi bai toan tich
phéan dang c6 ca ham e*
va sinx hodc cosx thi ta
datu, v bat ki, sau d6 dat
tiép lan thit hai, sau d6
thé I sé tim dwoc tich
phén ban dau.

2 2
2
DGicin: x=0=t=1x=+/3 =t =2.Khi d6 1=j3t.tdt=3jt2dt=t31=7.
1 1

Cau 25: Pap an A

Phan tich: Day la dang bai toan chuta tri tuyét d6i, do d6 ta chia khoang dé'bo
ddu tri tuyét d6i tir d6 tinh tich phan:

Loi gidgi: Ta c6

1 NI 1
(1—5x)dx+_[(x—1)dx =[x—5x2j§+[zx2 —xj 1
1

0 =

S — | =

1

I(|3x - 1| - 2|x|)dx =
0

3
_t.2_1
18 9 6 i

Trén day la cach lam dién giai, tuy nhién quy ddc gia c6 thé st dung may tinh,
va biéu thi cua dau gia tri tuyét d6i trén mdy tinh 1a nat Abs mau vang hay

Abrs rl
chinh la nat

Quy ddc gia chon ntt tri tuyét d6i bang cach an [SHIFT] + @ ttt 6 man hinh
sé hién nhu sau:

Math &

|2 13m-11-21% 10
-0, 1666666589

Cau 26: Pap an C
A 1 L, NN -“ . .. |sinx=u= du=cosxdx
Day la dang toan tich phan titng phan, do do dat .
e'dx=vdv=>v=¢"

T[
2

e*.cosxdx = e? —_[e" cos xdx
0

ct—

T
Khi d6 I =sinx.e*|2 -
0

Y . |cosx=u=du=—sinxdx L
Tiép tuc dat . Khi &6

e‘dx=vdu=v=¢e"

T

I=e¢?—|e".cosx

O e N [ 3

e"(—sinx)dx =e24+1-1 <:>I=%£€2+1J.

S Na

Cau 27: Dap an A.

Loi gidi: Xét phuwong trinh 3x —x* =0 < {x
x
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3
2 7 Ao \ A \ ’ N A 7 2
Theé tich khoi tron xoay can tim dugc tinh bang cong thiec V == I (3x - xz) dx
0

3

= TcJ.(x‘1 —6x +9x2)dx = n(lxs NV j
) 57 2

Cau 28: Dap an B

Phdn tich: Xét phuong trinh hoanh do6 giao diém ta c6

3_81
0 10"

#0 .
Inx _ 0" < x=1.Khi d6 dién tich hinh phang can tim duoc tinh
2Jx Inx=0

bang cong thiic:

s=|1r

Inx lnx

dx Nhan thdy véi x e [1 e} th1 >0.Dovay S= I

J_ EY

Nhan thay day la dang tich phan tiing phan, do d¢ ta dat Ghi nhé: Voi bai toan tich
1 phén ting phan ta thuwong
u=lnx=du=-dx dit u=Inx, va biéu thitc con
x
lai lz‘af(x)dx =vdv
1
—dx=vdv=v=+x

2x

Khi dé S=+/x.Inx i

=2-+e.

Cau 29: Pap an A

Loi giai:

Phirong dan A: (JE+ 21') —(\/E—i) =3i . Day la s6 thuan 4o, chon A ma khong

e e -1 1
—J‘\/;.ldx =\/_—J.x7dx=\/_—2.x5i =\/_—2. e+2
1 X 1

can xét cac phuong an con lai.

Cau 30: Pap an D

Loi gidi: z=(1-i)(3+2i)=3+2i-3i-2i*=3+2-i=5-i. Do dé s phiic
lién hop ctia z la z=5+i.

Cau31l: Papan C

Loi gidi: Ta co

B Y ) 1P 2 o a=
|z|—1<:>‘a+(a 1)1‘ l1<a +(a 1) 120" -2a=0 11

Cau 32: Dap 4n A
Loi gidi: Ta c6

=(1+2i) (1-i)=(4 +4i +1)(1-i)
=(—4+1+4i)(1-i)=(-3+4i)(1-i)=1+7i . Khi d6, md dun cia z 1a
2| =12 +72 =50 = 52.
Céu 33: Dap 4n C
Ta ép dung tinh chat sau: Diém biéu dién s& phitc z=x+yi (x,y €R) trong
hé toa d6 Oxy la M(x,y).

. . P N . 53 _n:
Mat khac " 2 21,(1 z)(1+21) 3+1; 2i° =21
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Do d6 ta lan lugt tim dugc toa d cac diém A, B, Cla: A(-2;-2); B(3;1);C(0;2)
Khi d6 ta c6 AB=10; AC =2+/5;BC =10 va AB?+BC* = AC> do d6 tam giac
ABC vubng can tai B.

Cau 34: Dap an D.

Loi giai: V6i bai toan c6 ca z ca z ta thuwong dat z=x+yi, (x,y € R) .

Khi d6 phuwong trinh dé bai cho trd thanh:

3

4x=-3 |x==2

xtyi+3(x—yi)=(1+2i) < dx—2yi=-3+4i :{—;yzzx: T
y=-2

Cau 35: Dap an C.
Phan tich: O day dé bai thiéu quy woc R 1a ban kinh ctia hinh tron 16n. Ta ¢6
2
nR*> =S; va mr? =§,khi dé r—zzl:r:—R\/E
2 R* 2 2
Cau 36: Dap an B
Ta c6 hinh vé véi cac ki hiéu nhw hinh bén:
Nhén thay day la hinh chép t gidc déu nén, SO 1a duong cao cua khdi chop.
Khi d¢, d€ tinh khoi chop, ta di tim d¢ dai SO. Mt khac ta c6 tam gidc SOA

vuong tai O c6 OA = % (do tam gidc AOD vudng can tai O).

. @ a2
Gidi thich: Hinh chép ti gisge ~ VaY SO=VSA*—AO* = \/az ST,

déu c6 duong cao la duong
ndi dinh cta hinh chop véi L a2 A2
"2 6

tam cta da giac day. a

Thé tich khoi chépla V =

W~

Cau 37: Dap an D

Téng dién tich xung quanh cua ba qua bong la S, =3.47R* (v6i R 1a ban kinh
cta khoi cau).

Dién tich xung quanh ctia hinh try la: S, = (27:R).3.2R =12nR* . Tr day suy ra
Sy

52

Cau 38: Dap an B

Bdi todn tong qudt:

1

1

Ghi nh¢ cong thirc: :
Hinh hop chit nhat ¢6 3 :
1

1

1

kich thudc Ian luot 1a a, b,
c thi d6 dai duong chéo la

Ja’l+b? +c. b

D’ T
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Ta c6 tam gidc A’B'C’ vudng tai B’ nén A'C'=+yA'B?+B'C? =b’ +¢*

Tuong tg  véi  tam gidce  A'AC  vudong tai A’ nén
C'=JA A+ AC? =a* +b* +¢* .

Céu 39: Pap an D

Ta c6 SA L(ABCD)=(SC,(ABCD))=SCA = 45°

Goi I la trung diém cta canh AD, tac6 CI L AD,CI L SA=CI LSD.

Ké CJ LSD= ]I LSD= gobc gifta mit phing (SAD) va (SCD) chinh la

ClI=o.
Tam giac ABC vudng can tai B = AC =a\2. Tam giac vudong SAC cé
SCA=45°, do d6 SA=AC =a2. Lai c6 tam giac DAS dong dang véi tam
giae DJI, tir d6 ta c6 JI = —=

5
CI=a;]I=L:>tana=g=\/§:>a=6O°.
NG 0
Cau 40: Dap an A.
Ki hiéu nhw hinh vé: Vé6i H la trung diém ctia AC, G la trong tam cta tam S
gidc déu ABC. Khi d6 ((SAC),(ABC))=60°=SHG
Ta c6 tit khéi niém vé hinh chép t& gidc déu toi da duwa ra 6 phan note phia
trén, ta cé duong cao ctia khdi chép tam gidc déu chinh 1a doan thang néi dinh
cua khdi chép xudng tam ctia tam giac déu (tam G).
1 a\/_ a«/_

Ta co GH = 37 "¢ Do AG 1a duong cao ctia khéi chdp nén tam giac A B

Tam giac vuodng JIC co

SGH vuong tai G. Suy ra SG =GH.tan60° = a\/_ \/_ =—. Khi d6 thé tich cua
a \/5 7 \/3 C

a
2 2 24

khéi chép la V =

Nlr—\

1
3
Cau4l: Pap an C
Thiét dién qua truc ctia hinh nén la tam giac déu canh 64, nén hinh nén c6
duwong sinh SA=SB=1[=6a va c6 ban kinh day la R=3a.

Ta c¢6 hinh vé bén:

Dién tich tam gidc SAB bang S = % .SA.SB.sin30° = %.651.651.% =94°.

Cau 42: Dap an A.
Ta 6 BCLAB;BCLSA=BC1SB. Ha AM L1SB; ké MN|BC(NeSC)

= MN LSB=(AMN) L SB;
MN L AM. Tinh dién tich thiét dién AMN Iél tam gidc vudng.
Tt tam gidc vudng SAB ta tinh dugc AM = —;SM = da ;SB=a+/5. Tam giac

JE NG
1 4a\2 24 _4a*\10
5 J5 25

SBC 6 MN|| BC, suy ra MN = 4”;/5 =

AMN —

N |

Cau 43: Pap an D
Véi phuong an A: Ta c6 ab=-1.1+11+0.0=0. Vay A dtng.
Véi phwong én B: ta ¢6 H =\I? +1* + 1> =/3 . Vay B dting.

Vi phuong én C: Ta c6 [a] = J(-1) +12 +0* =2 . Vay C dting. Chon D
Cau 44: Dap an D.
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Ghi nhé: Cong thitc cosin
gitra hai vecto & tt s&
khong c6 tri tuyét doi.

Do mat phang can tim song song véi hai duong thang cho trudc nén vipt ctia
mat phang can tim vudng goc véi vtep ctia hai duong thang da cho, do do
;1=|:;l1,;12:|=(_5}6}7).

Doc thém: Cach bAm mdy tinh tdi da gidi thiéu trong b dé tinh tay 2017.

Cau 45: Pap an C

Nhin vao d4p 4n ta thay tit ca VP déu bang 53, do d6 dit kién A 1a thira, vi
minh khong can tim ban kinh. Do vay chon C.

Cau 46: Dap an D

Bai toan quen thudc cua phan bai tap Oxyz.

Tacé AB= (4; -5; 1), AC = (3; —6;4) . Vay vtpt ciia madt phéng (ABC) la

n=| AB, AC |=(-14;-13;-9) =-1(14;13,9).
Mit phang (ABC):14(x—1)+13(y —6)+9(z—2)=0
< (ABC):14x +13y +9z-110=0
Cau 47: Dap an A

1+2t=7+3m
Ta nhén thay hé phuong trinh < -2 -3t =-2 + 2m v nghiém.
5+4t=1-2m

Do dé ta chon A.
Cau 48: Dap an B
Tacé AB=(-1,-1;4),BC=(3;7;-1)

—— —  ABBC ~1.3+(-1).7 +4.(-1

COS(AB,BC):ﬂg'ZE: +( )7+ ( ) =_7\/11_8
|4B||BC] oy sy e fFrey 7

Cau49: Pap an A

Thuc chat day 1a bai todn tim khoang cdch mot diém dén mot mat phang.

Trudc tién ta tim phuwong trinh (ABC ) Sau d6 4p dung cong thitc khoang
céch tinh khoang cach tir D d&n mit phang (ABC)hay chinh 1a d¢ dai duong
cao cua tir dién.

Loi giai: Ta c6 AB= (2,' —2; —3), AC = (4; 0; 6) .

Tuong tu nhu bai 46 ta 6 n=| AB, AC |=(-12;-24;8) =4(-3;-6;2).

Khi d6 phuong trinh (ABC) 1a —3x —6y +2z+22=0.

_ [-3.(-5) — 6.(—4) + 2.8+ 22| >

J(=3) +(-6) +2°

Khi d6 h=d(D,(ABC))

Cau 50: Bap an C.

Goi I(x,y,z) , RTan luot 1a tAm va ban kinh mét cau ngoai tiép t dién ABCD.
Ta c6 IA=IB=IC=ID=R. Ta duoc hé phuong trinh: tit IA=1IB ta dugc
(1—35)2 +(1—y)2 +(1—z)2 :(1—x)2 +(2—y)2 +(1—z)2

<:>y:§.TL‘rd(’)t‘1mdu’Qc x:z:g
2 2
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PESO 6
TOAN HOC TUOI TRE LAN 5

Cau 1: Cho ham s8 y =ax* +bx* + ¢ ¢4 d6 thi nhu

hinh bén. Xac dinh diu cua 4,b,c.

A

N T
A.a>0,b>0,c<0
C.a>0,b<0,c<0

B. 4>0,b<0,c>0
D. 4<0,b<0,c<0

Cau 2: Cho ham s8 y=ax’ +bx’ +cx+d(u¢0) la

ham 1é trén R. Khi d6 khang dinh nao sau day la

dung?
A.b=0 B. d=0
C.b=d=0 D. b* —4ac>0

Cau 3: Cho ham s6 y =-x* +2x* +3 ¢0 gid tri cuc
dai va gia tri cuc tiéu lan luot 1a y,,y,. Khi do:
A. 2y -y,=5
Cuy -y = 23

Cau 4: Choham s6 f (x) xac dinh va lién tuc trén

B. y, +3y,=15
D.y +y,=12

R\ {—1} , ¢6 bang bién thién nhu sau:

X —o0 -1 +00

’

V S\mm\z

Khang dinh nao sau day 1a khang dinh dung?
A. Phuwong trinh f (x) -4=0 co6 dung hai

nghiém thuc phan biét trén R\ {—1}

B.Trén R\ {—1} ,ham s c6 gia tri 16n nhat bang
5 va gia tri nho nhat bang 2

C. D6 thi ham s6 ¢6 hai tiém can ngang
y=2,y=5 vamot tiém can ding x=-1

D. Ca A va C déu dung
x—-2
2x+1
sau day la khang dinh dtng va day du nhat?

Céau 5: Cho ham s6 y= . Khéng dinh nao
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Mon: Toan
Thoi gian lam bai: 90 phat

A. D6 thi ham s8 cit truc tung tai diém
A(O; —2) va cit truc hoanh tai diém B(Z;O)

B. Khong 6 tiép tuyén nao cua d6 thi ham s6
di qua diém [ —1;l
22

C. Ham s0 dong bién trén moi khoang

D.Ca A, B, C déu dung
Céau 6: Cho ham so f(x)=x4 —2x*—1. Ki hiéu
M:maxf(x), m= min f(x) Khi d6 M —m bang;

xe[0;2] xe[0;2]

A7 B.9

C.5 D. Bap s6 khac
Cau 7: Véi gia tri nao cia m thi duong cong
(C):y=x"+3x*+1 cat duong thing (d):y=5"
tai ba di€ém phan biét?

A.1<m<5

B. 0<m<1

C.0<m<5

D. Khong c6 gid tri nao cia m thoa man yéu
cau cua dé bai
Cau 8: Tim m d€ mdi tiép tuyén cua d6 thi ham
s0 y=x" —mx® —2mx +2017 déula do thi cia ham
s0 bac nhat dong bién.

A. -6<m<0 B. 24<m<0

C. —%<m<0 D. 6<m<0

(m+1)x—2m+1

Cau 9: Tim m d€ do thi (H):y = -
x_

khong co tiém can ding.

1

A° m:2 B. m:1 C. m:—l D,m:z

Cau 10: Cho hinh nén tron xoay (N ) cd dinh S va
d4y 1a hinh tron tim O ban kinh 7 ndm trén mat
phéng (P), dudng cao SO=h. Diém O' thay ddi
trén doan SO sao cho SO'=x (0<x<h). Hinh
tru tron xoay (T) c6 day thir nhatla hinh tron tam

O ban kinh 7' (O<r'<r) nidm trén mit phéng
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(P), day thtt hai la hinh tron tim O' ban kinh 7'
nam trén mit phang (Q), (Q) vudng goc voi SO
tai O' (dwong tron ddy thit hai cua (T) 1a giao
tuyén cta (Q) v6i mdt xung quanh ctia (N ) ). Hay
xac dinh gia tri ctia x dé€ th€ tich phan khong gian
nam phia trong (N ) nhung phia ngoai cua (T)
dat gia tri nho nhat.
A. xzéh B. xzéh C. x=§h D. xzih

Cau 11: V6i gid tri nao cua m thi ham so

dong bién trén tap xac

f(x):2x2+3x+m+l

x+1
dinh.
A.m<0 B.m<0 C.m=0 D.m=-1
Cau 12: Cho 9" +97* =23. Tinh 3" +3™.
A.5 B. 45 C.3 D.6

Cau 13: Chon khéng dinh sai trong cdc khang
dinh sau day.

A. Néu ba s6 thuc x,y,z c6 tong khong doi thi
2016",2016",2016° c6 tich khong doi

B. Néu ba sd thuc x,y,z theo th ty 1a ba s6
hang lién ti€p trong mot cdp s6 nhan thi
log x,1ogy,logz theo thit tie 1a ba s6 hang lién tiép
trong mot cdp s6 cong

C. Pao ham ctia ham s y=1n|2x—1| trén

1 2
R\{=!1a y'=
\{2} T

D. Mdi ham s8 y=a",y =log, x dong bién trén

tap xac dinh khi a>1 va nghich bién trén tap xac
dinh khi 0<a<1 (a 1a hing sd)

Cau 14: Tap xac dinh cia ham s6 y = ;m la:
e’ —e
A. R\ {10} B. [ 10;+0)
C. (In10;+) D. (10;+)

Cau 15: Diéu nao sau day dua dé€ suy ra Ya=b?
A. 3=log,a B.bz?/;

C. 2= D. oL =1
b3
Cau 16: Diéu nao sau day khong du dé€ suy ra

log, x+log,y=107

A. y =207 B. log, (xy)=10

C. log,x’ +log,y’ =30 D. x=2'""%Y
Cau 17: Ham s0 nao sau day c6 dao ham la:
y'=3"In3+7x"?
A y=3"+x B.y=3"+7"
C.y=x"+x’ D.y=x>+7"
Cau 18: Phuong trinh:
log, x +log, x +log, x +log, x =log, x +log, x +log, x +log, x
c6 bao nhiéu nghiém?
A.2 B. 4 C.3 D.1
Cau 19: Cho a=log,,3,b=log, 5. Biéu dién
log.,1350 theo a va b.

A. a+2b+1 B. 2(a+b)

C. 2a+b+1 D. Két qua khac
Cau 20: Giai phurong trinh 3°2% =1. Loi giai sau
day sai bat dau tir budc nao?
Budc 1: Bién i 3°2" =1 3°(2') =1
Budc 2: Bién d6i 3°.(2°) =1 (32°) =1
Bude 3: Bién doi (3.27) =1¢(3.27) =(3.2)
Budc 4: Bién doi (327)" =(327) < x=0
Buwdc 5: Két luan: Phuong trinh da cho c6 nghiém
duy nhat x=0

A. Budc 2 B. Budc 3

C. Ca5budc déu dang D. Budc 4
Cau 21: Céc loai cay xanh trong qua trinh quang
hop sé nhan dwgc moét lwvong nho cacbon 14 (mot
doéng vi cacbon). Khi mot by phan cua cay dé bi
chét thi hién tuwong quang hop cling sé ngung va
nd sé khong nhan thém cacbon 14 ntta. Luwong
cacbon 14 ctia by phan dé s€ phan huy mot cach
cham chap, chuyén hoéa thanh nito 14. Goi P(t) la

s0 phan tram cacbon 14 con lai trong mot bo phan
ctia mat cay sinh trueong tit + nam truede day thi
t
P(t) duoc cho boi cdng thiie: P()=100.(0,5)7 (%).
Phan tich mdt mau gb tir mot cong trinh kién tric
8, nguoi ta thdy lwong cacbon 14 con lai trong gb
la 65,21(%). Hay xac dinh nién dai ctia cong trinh
kién trac do.
A. 3574 nam
C. 3475 nam

B. 3754 nam
D. 3547 nam
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Cau 22: Cho cac ham f(x),g(x) c6 dao ham lién
tuc trén doan [a;b]. Khi dé:

F(x)g' () =(f(x)g ()
(x)s'(x)dx=(f(x)3(x))
£(x)g () =(f(x)3(x))

D.jf@)gpgdx=f@gg@g_jf(qg¢qu

a

A.

=
—

& N D, 2
~
2

e

a

Cau 23: Ham s6 nao dudi day la nguyén ham cua

= trén khoang (—oo;+oo)?

Cau 24: Cho mach dién nhw hinh vé dudi. Liac dau
tu dién co dién tich Q, (C ) Khi dong khoa K, tu
dién phong dién qua cudn day L. Gia st cuong
do dong dién tai thoi diém ¢t phu thudc vao thoi
gian theo cong thtc I=1I (t) =Q0cocos(cot) (A),
trong d6 o (rad/s) la tan s6 goc, t>0 c6 don vi la

giay (S) Tinh dién lwgng chay qua mot thiét dién
thing ctia day tir ltc bat dau dong khoa K (t=0)
dén thoi diém =6 (s).

K
—

A. Qo(nsin(6oa) (C)

min

B. Q,sin(6)(C)

C. Qowcos(6oo) (C) D. Q, cos(6co) (C)

3
Cau 25: Tinh tich phan [ = I (’can2 x +tan* x)dx.
0

A.Izg
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B. I=+/3

C.Il=—

5 D. Dap sd khac

Cau 26: Cho [ = j In xdx. Khi dé:
1

A. I=(x1nx+x)‘i B. Iz(xlnx—l)‘i

e
1

c Iz(x(lnx—l))‘i D. Iz(ln;x]

Cau 27: Tinh dién tich hinh phang duoc gisi han

boi d6 thi ham s8 y = x°, truc hoanh va hai duong
thing x=-1,x=2, biét rang mdi don vi dai trén

cac truc toa d6 la 2cm.

_ 2 _15 2
A. S—15(cm ) B. S—Z(cm )
C. S—Z(cm ) D. S—17(cm )
Cau 28: Rut gon biéu thuic:
T=C0+1C1+1C2+...+LC”,neN*.
230" n+1 "
A.T= 2 B. T=2""
n+1
n__ n+l
C. T:2 1 D. T:2 1
n+1 n+1

Cho hai s6' phitc z, =1—1,z, =3+2i. Tra loi cdc cdu
hoi tir Cau 29 dén Cau 32.
Cau 29: Phan thye va phan ao cta s6 phtec z,.z,
trong tng bang:

A.5val B.5va-i C.5va-1 D.4val
Cau 30: Tim modun ctia sO phtic z_1 -z,

A.5  B.5 c.V13  D.\2
Cau 31: Trong mat phang Oxy, goi cic diém
M,N Tlan luot 1a diém biéu dién s6 phtc z,,z,,
goi G la trong tam cta tam gidc OMN, voi O la
gbc toa d6. Hoi G 1a diém biéu dién cua s§ phiic

nao sau day?

A.5-1 B. 4+1 C.é+1i D.2+1i
3 3 2
Cau 32: Tim s6 phtic z thoa man ;.zl+22=0.
z=—12; B.z=1-2;
2 2 2
C.z=1+§i D.z=—1+§i
2 2 2 2
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Cau 33: Xét phuwong trinh z° =1 trén tap s6 phtc.
Tap nghiém ctia phuong trinh la:

=

SN W

2 2

A. s={1}

=

Cau 34: Cho sO0 phuc 2z thoa man
|z—4|+|z+4|=10. Gi4 tri 16n nhét va gi4 tri nho
nhat ctia |z| Tan luot 1a:

A.10va4 B.5va4 C.4va3 D.5va3
Cau 35: Mot hinh chdp c6 2x1998 canh thi c6 bao
nhiéu mat?

A. 1999 B. 1998

C. 2000 D. Ca A, B, C déu sai
Cau 36: Khdi tru tron xoay c¢6 duong cao va ban
kinh ddy cting bang 1 thi thé tich bang:

1

A. B. n C. gn D. 2=

Cau 37: Cho khoi chop S.ABC ¢ SA=9,5B=4,
SC =8 va d6i mét vudng goc. Cac diém A',B',C'

théa man SA=2SA' SB=3SB,SC=4SC'. Thé

tich khoi chop S.A'B'C' la:
A.24 B.16 C.2 D.12

Cau 38: Khoi lang tru tam giac déu c6 tat ca cac

canh béng nhau va cé thé tich 1a Z thi d6 dai mdi

canh bé“mg:
¢[243 B. 3
C.3 D. Dap s6 khac

Cau 39: Cho ABCD.A'B'C'D' la hinh lap phuong
¢ canh a. Tinh thé tich khéi t&¢ dién ACD'B'.

3 3 3
ale B2 oo Ve
3 3 4 4
Cau 40: Mot vién da c6 dang khoi chop ti gidc déu

vi tat ca cac canh bing nhau va bing a. Nguoi ta
ctra vién da d6 theo mat phang song song véi mat
day ctia khdi chop dé€ chia vién d4 thanh hai phan
c6 thé tich bang nhau. Tinh dién tich thiét dién
vién d4 bi cura boi mat phang ndi trén.

a2

=
S

Két qua khac

s 5

Cau 41: Trong cac ménh dé sau, ménh dé nao sai?

A. Mdi khoi da dién déu 1a mét khoi da dién 16i

B. Hinh chép tam gidc déu 1a hinh chép c6 bon
mat la cac tam giac déu

C. Chi c6 nam loai khoi da dién déu

D. Mdi canh ctia hinh da dién 1a canh chung
ctia dang hai mat
Cau 42: Mot hinh tru ¢ tam cac day la A, B. Biét
rang mat cau duong kinh AB tiép xtic véi cac mat
day cua hinh tru tai A, B va tiép xac voi mdt xung
quanh cua hinh try d6. Dién tich cia mat cau nay
la 167. Tinh dién tich xung quanh cua hinh tru da
cho.

16x 8w

A — B. 16n C. 8n D. —
3 3

Cau 43: Tim m d€ gbc gitra hai vecto:
U= (1;10g3 5;log, 2),;)
Chon phuong an dung va day du nhat.

:(E’>;log5 3;4) la géc nhon.

A. m>%,m¢1 B. m>1 hoac

0<m<1
2
1

C.0<m< 3 D. m>1

Cau 44: Vecto nao sau day la mot vecto chi
2

phuong ctia duong thang A:=— i 1 1_y +1 =§?

A u =(11;2) B. u, =(-1,2,0)

C. u,=(-2;2;-4) D. u, =(1,-2;0)
Cau 45: Cho hai diém A(1;1;,0),B(1,-1;—4).
Phuong trinh ctia mat cau (S) duong kinh AB la:

A+ (y-1) +(z+2)2 =5

2

B. (x+1) +y +(z+4

C. (x+1) +y’ +(z 2)2
D. (x—l)2 +y° +(z+2)2 =
Cau 46: Cho hai vecto 1= (3; m;O),5 = (1;7 - Zm;O)
Tan luot 1a vecto phap tuyén ctia hai mit phang
song song. Khi d¢6 gid tri cia m la:
A.2 B.1
C.0 D. Dap s6 khac
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Céau 47: Cho diém M (a;b;c) v6i a,b,c 1a cdc hang
s khac 0, O(0;0;0) 1a gdc toa do. Goi A,B,C lan
luwot la hinh chiéu vudng gdéc cia M trén cac truc
toa do Ox, Oy,Oz. Thé tich khéi it dién OABC la:
A. labc B. 1|abc| C. 1|abc| D. 1|abc|
6 6 3 2
Cau 48: Cho diém M (1; 2; —1). Viét phuong trinh
mat phrfmg (oc) di qua goc toa do O(O;O;O) va
cach M mot khoang 16n nhat.

Al x+2y—z=0 B.X+4 2
2 -1
C.x-y-z=0 D. x+y+z-2=0
Cau 49: Tim diém Mtrén duong thang
x=1+t¢
d:qy=1-t sao cho Asz/g, voi A(O;2;—2).
z=2t
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A. M(1;1;0) hoge M(2;1;-1)
B. M(1;1;0) hodc M(-1;3;-4)
C. M(-1;3;—4) hodc M(2;1;,-1)
D. Khong c6 diém M nao théa man yéu cau
ctia bai toan
Cau 50: Cho mat cau
(S):x* +y* +2° —2x+4z+1=0 va dudong thing
x=2-t
d:4 y=t .Tim m d€ d cit (S) taihai diém
z=m+t
phan biét A, B sao cho cac mit phang tiép dién
cta (S) tai A vatai B vudng goc vdi nhau.
A. m=-1hoac m=-4
B. m=0 hoac m=—4
C. m=-1 hoac m=0
D. Ca A, B, C déu sai
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DAP AN VA LOI GIAI CHI TIET

1C 2C 3A 4D 5D 6B 7B 8D 9A 10C
11C | 12A | 13B | 14D | 15A 16B 17A | 18D | 19C 20B
21D | 22A | 23A | 24B 25B 26C | 27D | 28D | 29C | 30A
31C | 32D | 33C | 34D | 35A | 36B 37C 38B 39A | 40D
41B 42B 43B 44C | 45D | 46D | 47B | 48A | 49B 50A

Cau 1: Pap an C

Phdn tich: Do d6 thi ham s6 c¢6 dang chtt W ( meo) nén co hé s6 a>0;b<0.
Nhén thay véi x=0 thi y am. Do d6 ¢<0.

Cau 2: Pap an C

Phan tich: Ttr dinh nghia da duoc note & bén canh thi ta thay d€ ham sd
y=ax’ +bx’* +cx+d(a=0) laham 1é trén R thi f(x)=—f(—x)

Pinh nghia: ham s&

y = f(x) xac dinh trén
mién D, y = f(x) 1a ham S ax® +bx* +ex+d = —(—ax3 +bx? —cx+d) S +d=-bx*—d
sd1é trén D néu véi moi
x €D thi x€D thoda
man f(x) = —f(—x)

< 2bx* +2d =0. D€ thoa man yéu cau dé bai thi b=d =0.
Cau 3: Dap an A

Phan tich: ta Ian luot di tim gia tri ceec dai va cuec ti€u ctia ham sd bang

cach 1ay dao ham.

x=-1
Loi gidi: ta co y'=—4x’ +4x=0<|x=1 . Ta thdy day la ham sd bac bon
x=0

trung phuong c6 hé s6 a=-1<0va cd ba diém cuc tri, tir day ta suy ra
ham sO dat cuc dai tai x=-1;x=1. Ham s0 dat cuc tiéu tai x=0. Khi &6
v, =y(1)=y(-1)=4, y, =y(0)=3. Tt day suy ra A dlng.

Cau 4: Dap an D.

V6i phuirong dn A: Ta thdy s6 nghiém ctia phuong trinh f(x)-4=0 lasd
giao diém ctia d6 thi ham s§ y = f(x) va dudng thing y =4. Khi nhin
vao BBT ta thay duong thang y =4 cat d0 thi tai hai diém phan biét. Vay
A dung, tuy nhién ta chwa v§i khoanh vi nhin phwong an D ta thay noi
ca A va C dung nén ta xét luén C ma khong can xét B.

V6i phuwong dn C: Ta thdy lim f(x)=—0 va lim f(x)=+0 nén x=-1 la

PN x—>-1°
tiém can ding ctia d6 thi ham s6 y = f (x)
Ti€p tuc ta cd lim f(x)=5; lim f(x)=2 nén y=2;y=>5 la hai tiém can
ngang ctua do thi ham s da cho. Do vay C dang. Ta chon luén D ma
khong can xét B ntra.
Cau 5: Pap an D.
Voi phwong dn A: Ta thady A (0,' —2) va B (2; 0) dung la giao diém cua do thi ham

s0 da cho vdi truc tung va truc hoanh.
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Voi phwong dn B: Ta thdy véi x = —% thi phuong trinh tiép tuyén cua d6 thi ham

5

s& da cho khéng xac dinh. Do hé s8 géc ctia tiép tuyén lak = f'(x,)=——.
(2x, +1)

Vay B dung. Dén day ta khong can xét C va D nita, vi ca A va B déu ding, ta

khong thé chon 2 dap an, do vay ta chon D.

Cau 6: Dap an B

Phdn tich: D€ hoc nhanh véi viéc tim GTLN, GTNN toi trinh bay cac budc nhu

sau:
1. Xét xem ham s6 ¢ don diéu trén doan dang xét khong, néu né don diéu thi 1y luén
GTNN, GTLN ¢ c4c diém dau mat. Néu né khong don diéu, tiép tuc xét dén budce 2. Ghi nhé:

; o~ : N v S o 88 8 TS VLA (o2 1. Xét tinh don diéu trén
2. Tim nghiém cua phwong trinh y'=0 hodc cac gia tri lam cho y' khong xac dinh.

doan ( khoang) dang xét.
3. So sanh cac gia tri. 2. tim nghiém ctia
O day cac budc lam dién giai ra thi dai, tuy nhién khi vao bai ta c6 thé tw duy phuong trinh y'=0 hoic
nhanh nhu sau: GT lam cho y’ khéng xéc
Loi gidi: Ta c6 y' = f'(x)=4x" —4x < x=0;x=1x=-1. O day ta dang xét ‘;h;h' -
. 00 sann.
doan [0; 2] nén ta sé xét f(O);f(l);f(2) . Tt day ta duoc
M-m=f(2)-f(1)=7-(-2)=9.
Cau 7: Dap an B.
Ta thiy ham s8 y =x” +3x* +1 1a ham s6 bac ba, nén d€ d thi ham s& (C) cat
duong thang d tai ba diém phan biét thi d6 thi ham s§ (C ) treede tién phai co
hai diém cuc tri.
. ) x=0=>y=1
Taco y'=3x"+6x=0<
x=-2=y=5
D& d6 thi ham s8 (C) cit duong thing d tai ba diém phén biét thi
1<5" <5=0<m<1
Cau 8: Dap an D.
Phin tich: Ta thay ti€p tuyén ctia d6 thi ham s§ y = f(x) tai diém x =x, ludn
co dang yzf'(xo)(x —x0)+f(x0). Mat khac, ham s6 bac nhat y=ax+b véi
a#0 ludon dong bién khi a>0. Do d9, bai toan tro thanh, tim m dé f'(x) >0vdi
moi x.
Loi gidi: Ta c6 f'(x)=3x" —2mx—2m . D& f'(x)>0 véimoi x thi
2
A'=(-m) +6m<0
( ) < —-6<m<0.
3>0

Cau 9: Dap an A.
Phin tich: Ta thady ham s6 da cho c6 thé la ham phan thic hodc khong, tuy Ghi nhé:

nhién dé€ do6 thi ham sd da cho khong co tiém can ding thi ham s6 da cho D& mb (%
- € mot phuong trinh ( )
khong phai ham phan thic, tiec la da thire tir s6 rat gon cho da thirc mau sd. Mo o ma
bat ki thoa man vdi moi

M bién x thi dit x ]am nhan tx
D& théa man yéu cau dé bai thi (m+1)x—2m+1=k(x—1) véi keZ. chung tir d6 tim diéu kién.
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Phuong trinh twong duong voi x (m +1- k) —2m+1+k=0.D¢€ thoa man véi

m+1-k=0 m=2
= .

2m+1+k=0 k=3

Cau 10: Pap an C

Phdn tich: Ta c6 hinh vé sau:

moi x thi {

D@ bai yéu cu tim x d€ phan khong gian ndm phia trong (N) nhung phia
ngoai (T) dat gi tri nho nhat, trong dwong véi tim x dé thé tich khéi tru (T)
dat gia tri 16n nhat. ( bai todn nay twong tw nhu bai todn vat mi tom ma tdi da
gidi thiéu ¢ cau 11 dé 6 trong sach bo dé Tinh tiy mon toan 2017). Nén ¢ day
toi sé trinh bay 10i giai ludn.

Ap dung dinh 1 Thales ta c6: %:r— =r'= % :
r

Khi d9 ta c6 cong thic tinh thé tich ctia khdi trula V = f(x) = Tc(r')z (h—x)
2
=TE;;—2.JC2.(]/Z—X).
2
Khi d6 f'(x)z%(th—3x2)=O<:>x=% do x>0.Dbén day ta chon C.

Cau 11: Pap an C
Phdn tich:Nhan thdy néu ham s da cho ton tai 6 dang phén thic thi ham s6 sé

Ghi nho:

D€ mét phuong trinh
(*) bat ki thoa man véi
moi bién x thi d&t x [am
nhan t chung tir d6 tim
diéu kién.

Sai Iam: Nhiéu doc gia

nghi (3*+3™) =25

<3 +37 =45 lasai.

khong thé dong bién trén tap xac dinh duoc, bdi tap xac dinh ctia ham s6 1a
mot tap hop s6 khong lién tuc gom hai khoang la (—oo; —1) va (—1,' +oo) .bay la
phén ma t6i da chu y rat nhiéu trong sach Bo dé Tinh Tty 2017, cu thé 1a trong
sach t6i da ghi rd: “O sach gido khoa hién hanh, khong gii thiéu khai niém
ham s ( mét bién) dong bién, nghich bién trén mot tap s, ma chi gidi thiéu
khai niém ham s8 ( moét bién) dong bién, nghich bién trén mét khoang, mot
doan, ntra khodng ( ntra doan).”
Do vay, néu da thic ttr sO 6 thé rut gon cho da thic o mau s8 thi ham sd tré vé
ham bac nhat c6 hé s a=2>0 nén ludn dong bién trén tap xac dinh la tap R.
e e AL 2 +3x+m+1 . A A e .
Loi giai: Dé ham s6 f (x) ed al 1 m dong bién trén tap xac dinh thi da
X+
thirc tir s6 chia hét cho da thitc & mau s0, tic 1a:

(2x+a)(x+1)=2x2 +3x+m+1 véi moi x.
<:>(2+a)x+a=3x+m+1 <:>(a—1)x+a—m—1=0.Phuongtr‘mhnéythéa

a-1=0 {azl

m=0"

man véi moi x khi =
a-m-1=0

Cau 12: Dap an A.

Loi giai:

Tacd 9 +97 =233 12337 432 =2342

(3" +37) =25=3"+3" =5 (do VT luén 16n hon 0).
Cau 13: Dap an B
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Voi phwong dan A: Day la phwong an dang boi : 2016*.2016%.2016° =2016""7" .
Do x, y, z ¢6 tong khong ddi nén 20167 khong doi.

V6i phwong dn B: Néu dat y =xrthi z=xr"(v6i r#0). Khi d6

Voi r>0 thi logy=logxr=Ilogx+logr

log z =log xr* =log x + 2log r thoa man la cip s cong, tuy nhién vdi <0 thi
khong théa man, boi khi d6 log khong ton tai. Vay B sai. Chon B.

Cau 14: Bap an D.

Phin tich: D& ham s6 xac dinh thi c6 diéu kién:

1. Diéu kién d€ can thitc ton tai, tirc 1a biéu thikc trong can 16n hon hodc bang 0.
2. biéu kién d€ ham phan thtrc ton tai, tiec la da thiee duoi mau khac 0.

Loi giai:

< x>10.

x#10

x 10
, o ... L let—=e" 20 x>10
Dé ham s6 da cho xac dinh thlz{ <:>{
e —e %0

Cau 15: Dap an A.
Ta lan luwot di xét ting phuong an: Véi diéu kién tat ca cac biéu thic logarit ton
tai thi:

b>0;b#1,a>0
a

Voi phirong dn A: Ta co 3:10gba<:>{ 3 :>?/_:\/E(Do a,b>0

nén co thé suy ra duoc).

V6i phirong dn B: Ta thay b= Ya nhung ¢ day khong c6 diéu kién d€ a>0;b>0
nén khong 1ay cin hai v€ duoc.

V6i phirong dn C: Ta 6 thé 18y can bac 12 ctia hai v€ thi ta sé c6 Na® =Kb° (Tuy
nhién khong cé diéu kién d€ a>0;b >0 d€ rut gon can nén C khong suy ra
duoc.

Voi phuong dn D, ta cing khong thé ¢ diéu kién a>0;b>0.

Nhin xét: Day la moét cau hoi hay, hoc sinh dé bi chon sai.

Cau 16: Dap an B.

O day ta c6 thé chon ludn B boi diéu kién d& logarit t6n tai la xy >0, tic xy
cung dau. Ma diéu kién dé tach log, xy =log, x +log, v la x,y>0. Do vay B
khong du diéu kién dé€ suy ra.

Vi cac phuwong an con lai:

V6i A: Do VP 1a ham m lu6n 16n hon 0, do d6 ta c6 thé 1ay logarit co s0 2 ctia
hai v€ va suy ra duoc pt < log, x=10-1log, y < log, x +log, y =10

Voi C: Thi < 3(10g2 x+log, y) =30« log, x+log, y=10 .

D tuwong tu A.

Cau 17: Pap an A

Day la bai toan tim nguyén ham, ta c6 F (x) = I(?:x In3+7x° )dx =x"+3" +C.
Cau 18: Dap an D.

Phin tich: Véi bai toan dang tim sd nghiém ctia phuong trinh nay, ta khong
nhat thiét phai giai phwong trinh ra, sau day t6i c6 1oi giai:

Loi gigi: Phuong trinh da cho twong dwong voi:
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r <0 nén cho réng B
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log, x +1log, x +log, x +log, x —log, x —log, x —log, x —log, x =0
bat VT =f(x) . Khi d6 ta xétham s6 y =f(x) trén (0; +oo). Khi d6 ta co
: 111 1 1 1 1 1 1 1
fl(x)== e
x\In2 In4 In6 In8 In3 In5 In7 In9
Do vay ham s y=f (x) dong bién trén (0;+oo) . Vay phuong trinh f (x) =0 co

]>0 voimoi x>0.

nhiéu nhat mot nghiém trén (O; +oo) . ChonD.
Cau 19: Pap an C
Néu cham chi lam cac dé ma toi da giai chi tiét gan day thi quy doc gia c6 thé
chon ludn dap an bai nay, boi nd gidng véi dé SO Hung Yén va dé Lam Son
Thanh Hoa.
Loi gidi: Ta c6 log,, 1350 =log,, (30.3%.5) =log,, 30 +log,, 3* +1og,, 5
=1+2log,, 3+log,, 5=2a+b+1
Cau 20: Dap an B.
Ta thdy 6 budc 3: (3.2X)X =l (3.2X )X = (3.2X )0 . Thiéu treong hop co s8 bang 1

2 X X 1 1
tic 32" =12"=—<x=log, =

3 3
Cau 21: Pap an D.
Phdn tich: Dé bai tuy kha la dai, tuy nhién day thuc chat chi 1a bai toan giai
phuong trinh ma.
Ta thay 65,21% vao sau do tim ¢.
t _t

Loi gidi: Ta c6 100.(0,5)7% =65,21 < 0.57* =0,6521 < 57—t50 =log, 0,6521

< t=5750.10g,  0,6521 ~ 3547 nam.
Cau 22: Pap an A
Phdn tich: Day thuc chat la bai todn kiém tra kién thirc vé tich phan timg phan.

Dinh nghia: Cho ham
U,V la cdc ham s cua x
c6 dao ham lién tuc trén
doan. Khi d6

b
Iudv =uv

a

:—Ivdu

Ghinhé: Véi (aeR)ta
co:
dx
[ +a
:ln‘x+\/>m‘+c

Ta c6 mét dinh nghia vé tich phan timg phan nhu da Note 6 bén
b
Loi gidi: O day bi€u thire ¢ VT ludn khong déi la [ £(x)g' (x)dx, mat khéc ta ¢
b
g'(x)dx = d(g(x)) . Vay VT tro thanh: If(x)d(g(x)) . Ap dung dinh nghia vé
tich phan ting phan o trén cho u= f(x);v = g(x) tacod

J ()= () ) - [ x)a ().

Cau 23: Dap an A.

Ta c6 bai toan goc sau:

Bdi todn géc: Chiing minh _[ ax_ _ ln‘x +x% + u‘ +c(aeR)

Vx* +a
2
Dit t=x + V1 +a:dt:[1+i}lx<:>dt:x+— Vx”dx

20x* +a X’ +a

tdx dt dx
& — =

Vx* +a toJx® +a

<dt=
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Vay khi d(’)j ax =J'%=ln|t|+c=ln‘x+\/x2+a‘+c ( diéu phai ching

Jx% +a

minh).
Khi d6 ap dung cong thitc vira chitng minh ta c6

F(x)zj 1 clx=1n‘x+\/1+x2 +c=1n(x+\/1+x2)+c.

1+x°
Cau 24: Pap an B

Ta cd biéu thirc cua cuong d6 dong dién tai thoi diém ¢ phu thudc vao thoi gian
la biéu thitc dao ham ctia bi€u thizc dién lwon chay qua tiét dién thang ctia day,

hay ndi cach khac

tZ
bién luong chay qua tiét dién S trong thoi gian tie £, dén ¢, la Ag= I idt.

Vay Aq =IQowcos(mt)dt =Q, sin((ot) SZQO sin (6(0)(C).

Cau 25: Dap an B

Phdn tich: ta thdy tan® x + tan x = tan’ x(l +tan’ x) . Mat khéc ta co

b
(tan x)' = =tan’ x + 1. Do vay bai todn tr¢ thanh dang jf(u).u'dx

COos™ x

tan’ x(l +tan® x)dx

ct—wla

Loi gidi: Tacd I = i(tanz X + tan* x)dx =
0

O — |3

s
tan’ xd(tan x) = %tan3 x[3 = 1[(tan
0

3
n 3
—| —(tan0) |=+3.
| (o |-
Cau 26: Dap an C.
Ta giai bai toan nhu dang tich phan tiing phan:
Loi gidi:
1

Dit u—lnx:du—;dx

vdv=dx=v=x

e

Khido I=x.Inx e—jx.ldxz(x.lnx—x)
1 9 x

e

iz(x(lnx—l)) .

Cau 27: Dap an D.

Phin tich: Day 1a bai toan tinh dién tich hinh phang dwa vé tich phan thong
thuong, tuy nhién, mdi don vi dai trén cac truc toa d6 1a 2 cm do d6, sau khi
tinh xong ta sé nhan két qua vdi 4, do don vi dién tich 1a cm” .

Loi gidi: Xét phuong trinh hoanh dd giao di€ém x°* =0<>x=0.

Trén [—1;0] thi y=x° <0, con trén [O; 2] thi y =x’ >0, nén dién tich hinh

phéng trén truc toa d6 néu tinh theo don vi dai trén truc toa do la :

0 . 142 1 17

X ==+4=— (don vi dai).
-1 4 |0 4 4

t 3 i 3 _1 4
Szj—x dx+_([x dxzzx

g
D6i vé don vi cm?® ta dwoc S = 17(cm2 )

Cau 28: Dap an D.
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(tanx)' =tan’x+1

Ghi nh¢: Khi tinh tich
phan, luén xét xem
f (x) 16n hon 0 hay nhé

hon 0 dé xét dau.
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Ta co

T=C° +1C1 +...+LC”.Nhémth€{y cac sO 1;1;1;...;L thay doi ta nghi
20" n+l1 " 123 n+1

~ A7 7 1
ngay dén biéu thtrc Ix"dx =——x""+c.
n+1
O day ta sé€ c6 10i gidi nhu sau:
, n
Tac6 (1+x) =C) +xC) +x°C2 +2°C] +...+x"Cll.
1 1

Khi d6 ta suy ra I(l +x)" dx :I(Cg +xC, +x°C2 +x°C. +...+x"C" )dx

0 0
e 1 2 3 n+l 1
= (x+1) ] e e o L o
n+1 0 " 2 " 3" n+1 "0
n+1_
2 1 e loyle v opam day ta chon D.
n+1 23" n+l "

Cau 29: Pap an C

Loi gidi: Ta c6 z,.z, =(1—-1)(3+2i)=3+2i -3i —2i* =3+2-i=5-i
Vay s6 phtic z,.z, c6 phan thuc 1a 5 va phan ao la -1.

Loi gigi: Ta co:

Cau 30: Pap an A
[ii=3-21]=2-i]=(-2) +(-1) =+5.
Cau 31: Pap an C

Loi gidi: Do M, N Tan luot 1 diém biéu dién s phtic z,;z, nén
M(l; —1),N (3;2) . Khi d¢ toa do diém G la trong tam ctia tam giac OMN ¢ toa

2 =2,

do G(%,%j . Vay G la diém biéu dién cta s phtic z = % + % i.

Cau 32: Pap an D.
Loi gidi: Dat z=x+yi(x,y €R), nén pt < (x—yi)(1-i)+3+2i=0
Sx—ix-—yi+yi’ +3+2i=0 <:>(x—y+3)+i(—x—y+2)=0
yook
- x-y+3=0 - 2
-x—-y+2=0 _d
7732
Cau 33: Pap an C
Vi bai toan nay, cach nhanh nhét la st dung may tinh nhu sau:
AnMODE| - [5: EQN| - chon 4

Sau d6 nhap hé s6 may hién nhu sau:
i Math¥ ' m Math &

A= Ka=
i §

= Math Wk

{5 .
=1

Fa=

hz=

Mla
i

]
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x=1
Loi gidi thong thuong: z° =1 (z2-1)(2 +z+1)=0< x=_31+gi '
133,
2 2

Cau 34: Pap an D.
Loi gidi: Dt z=x+yi (x,y<€R).Khi dé phuong trinh dé bai tro thanh:

x—4+yi|+|x +4+yi|=10 <:>\/(x—4)2 + 1 +\/(x+4)2 +y* =10
Dén day, ta nhé dén cac bat dang thitc vecto nhue note & bén.

Vay dat u=(x-4y),0=
Jr=a) w2 + (x4 2 2 (2x) +(20)

©1022/x* +y* <|z|<5. Vay GTLN ctia md dun s& phtic z 1a 5.

(x+4,y) . Khi d6 ap dung bdt |§|+|;|2‘a+\7‘ ta co:

Véi GTNN, ap dung bat dang thiic Bunyakovski ta co:

(1.\/(x_4)2 +y +1.\/(x+4)2 e jz <(r? +12)((x—4)2 7+ (x+4) +y2)

=10<2(x* +y* +16) < 2" +3” 29=\x* +y* 23. Vay GTNN ctia md dun s§

phttc z 1a 3.
Cau 35: Dap an A.

Nhan xét: Mot hinh ¢ day la n giac thi sé c6 n canh bén va n mat bén va 1 mat

day. Vay hinh chop c6 tong la 2.1998 canh tirc la c6 1999 mat.

Cau 36: Dap an B.

Céng thitc tinh thé tich cta khdi tru tron xoay la V =nR*h=n

Cau 37: Dap an C.

Ta c6 cong thirc ti 1€ thé tich trong ti dién duoc note 6 bén. Do vay ¢ day:
Veanc _SA"SB'SC' 111 1

Vs SA SB'SC 234 24

Mit khac nhu 6 cac dé trude toi da gidi thiéu thi thé tich ctia khdi chop S.ABC

c6 SA, SB, SC d6i mot vuong gocla V.- i.SA.SB.SC =%.9.8.4 =48.
bén day tasuyra S, ;.. :g =2

Cau 38: Dap an B

Hinh ling tru tam gidc déu khéc véi hinh lang tru c6 day 1a tam gidc déu & chd:
1. Hinh lang tru tam giac déu la hinh ling tru ding c6 ddy la tam giac déu.
2. Hinh ling tru c6 day la tam giac déu chura chic d4 12 hinh ling tru ding.

Ta co céng thirc tinh thé tich khoi lang tru tam giac déu la
= ~= .a*.h. Ma t4t ca cac canh bang nhau do d6 ta c6

Vzﬁf :2:>a:
4 4
Cau 39: Dap an A.

Ta c6 hinh vé:
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Nho: Cho 2 vecto ﬁ va
v . Khi d6

ERNE

i
Déu bang xay ra khiu, v

cung hudng.

Nhé: Cho tir dién S.ABC,
va cac diém A’, B/, C’' [an
luot ndm trén cic doan
SA, SB, SC. Khi d6 ta co
Voupc _SA' SB' sC'

Vo. " SA'SB'SC

Nh¢: Dién tich tam giac
déu c6 canh a 1a
_a’ 3

4




Nhé: Khi viéc tinh thé tich
ctia khéi dé bai yéu cau qua
kho dé€ thiét 1ap cong thire,
ta nén chuyén hudéng sang

cach lam gian tiép.
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Nhin vao hinh vé ta thdy néu di tinh tryec ti€p theé tich khoi t& dién ACD'B’ 1a
kha lau, do d6 ta sé di tim mot cach gian tiép nhw sau:

Ta co VACD'B' = VABCD.A'B’C'D' - VD'ADC _VB'ACB - VCB'C'D' - VAA'B'D' :
N , A ~ 1 1 1
Mt khac tanhan thay V- =V, =Veser = Vi = g.a.E.S pep ==
1 a
Dovay V, .. =a"—4.-a>=—.
Y Vacos 6 3

Cau 40: Pap an D.

Ki hiéu nhu hinh vé ta dat SO'=x.

Do khéi chép ti giac déu c6 tat ca cac canh bang nhau va bang a nén ta c6
SA=SB=SC=SD=AB=BC=CD=DA=a.Hinh vudéng ABCD c6 2 duong
chéo AC=BD=a\2 . Tam giac SOA vuong tai O nén

SO=+\SA* - AO* =

Ap dung dinh ly Thales ta c6:
SO SA_AD _x L aop-ap®2_. 2
SO SA AD a a

2

x (w2 )2 =§x3. Mt khéc V,

SA'B'C'D'

Ly
2

sascp » 9o do ta co

Khi do V.

SA'B'C'D'

6 3

2p 113 p :>x=£a. Vay S, pep =X =£u2 :

23 2 2 4
Cau 41: Dap an B
O day ta c6 kién thtec sau: Trong Chuong trinh THPT chiing ta hoc:
Chi c6 5 loai khéi da dién déu. D6 1a loai {3; 3} , loai {4; 3} , loai {3; 4} , loai
{5; 3} va loai {3; 5} .
Chuing dwoc gidi thiéu trong cac hinh dwéi day:

Khéi tt dién Khéi lap phuong Khéi bat dién déu

W

[~

<
7

Khoi mweoi hai mat déu Khdi hai muoi mat déu

0
@y,
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Do vay A, C dung. Tiép theo v6i D, ta thady D dung vi day la mot trong hai diéu
kién dé€ xac dinh khoi da dién. Do d6 ta chon B.

Cau 42: Dap an B.

Do mat cau ti€p xtc véi mat day cuia hinh tru tai A, B va ti€p xtic voi mat xung
quanh ctia hinh tru nén hinh tru 6 chéu cao h = AB va ban kinh day bang ban
kinh khéi cau. Mat khac 4nR* =16m=> R=2. Vay thé tich cta khdi tru la:
V=Bh=n2*4=16n.

Cau 43: Dap an B.

Chu y: Khi nhan chia hai
D) <m<1 v€ ctia bat phuong trinh
- phai xét ddu cua biéu
Ta 6 Cos(;t,;)) _ o _ 3+log, 5.1(1513 +log, 2.4
el el

nén ta di tim diéu kién dé tir s6 duong.
Mait khac 3+log, 5.log,3+4log, 2 >0« 4log, 2>-4

. Do miu s6 ludn 1é6n hon 0 thttc nhan vao.

<log, 2>-1<log, 2>log 1
m

Véi 0<m<1 thi ©l>2<:>m<%. Két hop voi diéu kién suy ra O<m<%.
m

Véi m>1 thi ©l<2©m>%. Két hop diéu kién suy ra m>1.
m

Cau 44: Dap an C.

Nhan thay U= (1; -1; 2) .Ta co us =—2u do dé ta chon C.

Cau 45: Dap an D.

Mait cau (S) duong kinh AB nén mat cau (S) cotam [ (1; 0; —2) la trung diém

cua AB vabankinh R=1A= \/(1 ~1) +(1-0) +(0-(-2)) =5

Vay (S):(x—l)2 +y° +(z+2)2 =5.
Cau 46: Dap an D.

Vi u,v 1a hai vtpt ctia hai mit phang song song nén hai vecto nay cting
Nhé: Cho tir dién S.ABC

>m=3. cO cac canh SA, SB, SC d6i
mot vuong goc thi

3
huwong. Do vay = =
P & V'yl 7 -2m

Cau 47: Pap an B.

1
Ta nhan thay khi chiéu M 1én cac truc toa do thi t& dién OABC la tt dién c6 Voanc = 3 SASB.SC
OA, OB, OC, OD ddi mot vudng goc.Ap dung cong thike tdi trinh bay & trén ta
¢6: V =1 OAOBOB = 1|abc| :
6 6 y

Cau 48: Dap an A.
Ta ¢6 hinh vé sau:
Goi H 1a hinh chiéu ctia M trén mit phang (o). Khi d6 khoang cach tir M dén

mit phang (o) 1a MH. Ta c6 tam gidc MHO vudng tai Hnén HM<MO.bBe |

MH max thi H=0, hay OM J_(OL). Khi d6 (oc) qua O(O; 0; 0) va co vtpt }O/

ﬁ:@:(l;z;—l) c6 phuwong trinh x +2y —z=0. o A
Cau 49: Dap an B.
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Tacé M(1+51-£2t). Tacd AM? =(t+1) +(-1-t) +(2t+2) =6

s sn2—ge| 0T ML)
t=—2=M(-1;3;,-4)

Cau 50: Pap an A.

Phin tich: ta c6 néu hai mat phang tiép dién ctia (S) tai A va B vudng goc véi

nhau thi hai vtpt ctia hai mat phang nay cing vudng géc véi nhau. Ma hai vtpt

ctia hai mat phéng nay chinh la E,E .Véi 1 (1; 0; —2) la tAm ctia méat cau (S) .

Vay ta c6 hai diéu kién sau:

1.d cat (S) tai hai diém phan biét.

2. IAIB=0.

Loi gidi: D& thda man yéu cau dé bai thi trude tién d phai cat mat cau, tic 1a

phuong trinh (2—¢)" +#2 +(m+1t)" ~2.(2~ )+ 4.(m+1)+1=0 c6 hai nghiém

phan biét.

<3t +2(m+1)t+m’ +4m+1=0

Phuong trinh c6 hai nghiém phan biét khi A'>0 < (m + 1)2 —3m* -12m-3>0

<m’ +5m+1<0.

Véi phrong trinh ¢ hai nghiém phan biét, 4p dung dinh li Viet ta co

pp oM HAml =_—32(m+1)

iy 3 1+
Khi dé [A=(1—t;t;m+2+t),IB=(1—t,;t,;m+2+1,).
Vay IAIB=(1-t)(1-t,)+tt, +(m+2+t)(m+2+t,)=0
=3t +(m+1)(f +t,)+(m+2) +1=0

<:>m2+4m+1—§(m+1)2+(m+2)2+1:0 o Z;_4 (TM).
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PE SO 7
THPT CHUYEN LAM SON

Cau 1: Tim tat ca cac gia tri thuc ctia tham s6 m

. . (m+1)x+2m+2 ] "
sao cho ham s6 y = nghich bién
x+m
trén khoang (—1; +oo).
A.m=>1 B.1<m<2

C. me(—oo;l)u(z;+oo) D. -1<m<2
Cau 2: Cho a>0;b>0 théa man a°+b* =14ab.
Chon ménh dé dung trong cac ménh dé sau?

A. loga%;b = %(loga + logb)

B. 2(10ga +log b) = log(14ab)

C. log(a + b) = 2(loga + logb)

1
D. I +b)-4==(1 +logh
og(a ) 2( oga+log )

Cau 3: Cho hai diém A(3,'4;8), B(2;2;5). Diém
C e(Oxz) thing hang véi hai diém A, B c6 toa do:

A. C(-1;0;,-2) B. C(2;0;4)

C. C(-2;0,—4) D. C(1;0;2)
Cau 4: Cho hinh nén dinh S, day la hinh tron tam
O, gbc 6 dinh nén bang 150°. Trén duong tron
day, ldy mot diém A c6 dinh. C6 bao nhiéu mat
phéng chita SA cit non theo mot thiét dién c6 dién
tich 16n nhat.

A.Cb 3 mat phrfmg B. C61 mat phéng

D. C6 v s8 mit phang

X X

C. C6 2 mit phang

Cau5: Chohamso y = 2

Gia tri y'(O) bang:

* .

3

A. In— B.1 C. 1n§ D.0
8 3

Cau 6: Cho s phutc z thoa man |22—1+3i| =4.
Tap cac diém biéu thi cho z la mot duwong tron cd
ban kinh r la:

Ar=4 B.r=1 Cr=y2 D.r=2
Cau 7: Cho khoi chép S.ABCD c6 day ABCD la
hinh vuong, canh bén SA vudng gdc véi day va
23

2 7
khoang céch tir diém B dén mat phing (SAC)la:

AB2 g a0 a0 el

2 3 5 3
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SA=a+/3. Biét dién tich tam giac SAB la

DE THI THU THPT QUOC GIA NAM 2017
Mon: Toan
Thoi gian lam bai: 90 phat

Céu 8: Cho ham s y= x—; Phuwong trinh tiép
X+
tuyén cta do thi tai giao cua d6 thi véi Ox 1a?
A. x-3y-1=0 B. x+3y+1=0
C. x—3y+1=0 D. x+3y—1=0

Cau 9: Cuong d6 mét tran dong dat duoc cho boi
cong thitc M =logA-logA,, véi A la bien do
rung chan t6i da va A, la mét bién d6 chudn
(héng s6). Dau thé ky 20, mot tran dong dat & San
Francisco ¢6 cwong do do dugc 8 do Richter.
Trong cung ndm d¢, tran dong dat khac & Nhat
Ban c6 cuong do do duoc 6 do Richer. Hoi tran
dong dat & San Francisco c6 bién d¢ gap bao nhiéu
lan bién d¢ tran dong dat & Nhat Ban?
A.1000Tan B.10Tan C.2Tan D. 100 Ian
Cau 10: Giai bat phuong trinh log, (2x-1)>2 ta
4

duoc:

A.1<x<§ B.x>§
32 32
C.x<1 hoac x>§ D.x>1

2 32 2

Cau 11: Cho ham s6 y = f(x)c6 dd thi nhu hinh
vé bén, cic khang dinh sau khang dinh nao la
dung?

A. Ham s6 dat gia tri nho nhat bang -1 va dat
gia tri 16n nhat bang 3

B. D6 thi ham s0 cé diém cuec tiéu A(—l; —1) va
diém cyee dai B(l;3)

C. Ham s6 c6 gia tri cuc dai bang 1
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D. Ham s6 dat cuc tiéu tai A(—l; —1) va cue dai

tai B(1;3)
Céu 12: Tinh tich phan [ = jx(sz + 1)3dx.
0

A.I=§ B.I=E C.I1=5 D.I:§
2 4 3
Cau13: Choham s8 y =—x* +2x* +3. Goi h va h,

lan lwot la khoang cach tir hai diém cyc dai va cuee

tié ctia db thi ham s& dén truc hoanh. Ty s hﬁ Ia:
1
A. 4 B.1 C. 3 D. 3
3 4 2
Céau 14: Cho AABC c¢63dinh A(m;0;0),B(2;1;2),
: V35
C(0;2;1).Bé S =—— thi:
( ) AABC >
A.m=1 B.m=2 C.m=3 D.m=4
, 2 , x*+x-2
Cau 15: Tim m dé d6 thiham s6 y = ———— ¢0
x°=2x+m

2 tiém can dung.

B. m<1va m=-8
C.m>1va m=-8 D. m>1

Cau 16: Cho hai s6 phtic z, =1+1;z, =2+ 3i. Tim

A. m#1va m#-8

s8 phirc w =(z, )2 z
A w=6+4i B. w=6-4i
C.w=-06-4i D. w=—6+4i

Cau 17: Cho F(x) la mot nguyén ham cua

2

f(x) =2x+1 trén R. Biéthamsd y = F(x) dat gia
tri nho nhat bang 34—9. Db thi ctia ham 6 y = F(x)

cit truc tung tai diém co tung do la:

A. 37 B. 10 C. 3 D. 11
4 4

Cau 18: Cho s0 phtc z=a+bi thoa man
2z+z=3+i. Gia trj ctia biéu thirc 32+ la:

A.6 B.3 C.4 D.5
Cau 19: Cho khoi chép S.ABC c6 SA=3,SB=4;
SC=5 va SA, SB, SC d6i mét vuong goc. Thé

tich ctia khoi cau ngoai ti€p khdi chép S.ABC la:

52 c 10827 1252~
3 "3 3

D

A. 252 B.
Cau 20: Tim m d€ ham so:
y=-x"+3mx’ —3(2m—1)x+1 nghich bién trén R.
A. Ludn thoa man véi moi gid tri ctia m
B. Khong cd gia tri cua m

C.m=1

D. m=1
Cau 21: Ham s6 nao sau day c6 bang bién thién
nhu hinh bén:

X —o0 2 ~+00
y - -
’ : \ H_'-OO \
—o0 1
x+3 2x -7
A. = B_ =
Y x—2 Y x—2
2x+3 x—3
C. = . =
Y x—2 Y x—2

Cau 22: Mot miéng bia hinh ch® nhat cé kich
thudc 20cm x 50cm. Nguoi ta chia miéng bia
thanh 3 phan nhu hinh vé d€ khi gdp lai thu dwoc
mot hinh lang tru ding cé chidu cao bang chiéu
rong cua miéng bia. Dién tich xung quanh cta

hinh lang tru thu dwoc la:
A. 1500 cm? B. 2000 cm?
C. 1000 cm? D. 500 cm?

Cau 23: Mot hinh nén c6 ban kinh day béng lcm,
chiéu cao nén bang 2cm. Khi d6 goc o dinh cua
nén la 2¢ thoa man:

J5 25

A. tanp=— B. sinp=——
*=75 =75
C. COt(p=§ D. COS([)Z%

Cau 24: Trong cac ham sd sau, ham s6 nao ludén
doéng bién trén tirng khoang xac dinh cta né?

2x—1 4 5 .
- (1); y=—x"+2x*-2(Il);
y=x"+3x—5(II).
A.Ivalll B. Chil
C.Ivall D. Il valll

Cau 25: Ham s y =log, (—x2 +5x — 6) co tap xdc
dinh la:

A. (2;3) B. (—oo;Z)U(3;+oo)

C. (—00;2) D. (3;+oo)
Cau 26: Cho hai s6 phtic z, =1+3i ;z, =2—i. Tim
sO phtec w =2z, —3z,.
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A w=—4-9i B. w=-3+2i
C. w=-3-2i D. w=-4+9i

Cau 27: Cho ham s6 y=x* —2mx* +2m+m*. Voi

gid tri nao ctia m thi do thi (C,) o6 3 diém cyc tri

dong thoi 3 di€ém cuc tri d6 tao thanh mot tam giac

c6 dién tich bang 4.
A. m=316 B. m=-316
C. m=316 D. m=16

2

Cau 28: Choham sd y = . Hay chon ménh

x
dé dung trong cac ménh dé sau:

A. D0 thi ham s6 c6 tiém can ngang la y=-1,
o tiém can dungla x=0

B. D6 thi ham s6 ¢6 hai tiém can ngang la y=1
va y=-1

C. D06 thi ham s6 6 hai tiém canngangla y=1
va y=-1, cé tiém can dungla x=0

D. D6 thi ham s6 c6 tiém can ngang la y=1, ¢6
tiém can ding la x=0
Cau 29: Mot doi xay dung can hoan thién mot hé
thdng cot tron ctia mot ctra hang kinh doanh gom
10 chiéc. Trwdce khi hoan thién mdi chiéc cot 1a mot
khoi bé tong cot thép hinh lang tru luc giac déu c6
canh 20 cm; sau khi hoan thién (bfing cach trat
thém vita tong hop vao xung quanh) moi cot la
mot khoi tru ¢ duong kinh day bé”mg 42 cm.
Chiéu cao ctia mdi cOt trede va sau khi hoan thién
la 4 m. Biét lwgng xi mang can dung chiém 80%
leong vita va cit mot bao xi mang 50 kg thi trong
duwong v6i 64000 cm® xi méng. Hoi can it nhét bao
nhiéu bao xi mang loai 50 kg dé hoan thién toan

bd hé thong cot?
A. 25 (bao) B. 18 (bao)
C. 28 (bao) D. 22 (bao)

CAau 30: SO dinh ctia mot hinh bat dién déu la:
A.7 B.5 C.6 D.8

Cau 31: Mot con cd hoi boi nguoc dong dé vuot
mot khoang cach la 200km. Van tdc cua dong
nuwdc 1a 8 km/h. néu van toc boi ctia ca khi nuede
dtng yén la v (km/h) thi nang lwong tiéu hao cua
ca trong 1 gio0 dwoc cho boi cong thirc:
E (v) =c,0°t (trong d6 c 1a mot hang s6, E duwoc
tinh bang Jun). Tim van t&c boi ctia ca khi nude
duing yén dé nang lugng tiéu hao la it nhat:
A. 12 km/h B. 9 km/h
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C. 6 km/h D. 15 km/h
Cau 32: Gid tri ctia bidu thttic E=32"92272
bang;

A.27 B.9 C.1 D.3

Cau 33: Cho tam giac ABC ¢6
A(1;2;3),B(—3;0;1), C(—l;y;z ) Trong tam G cua
tam gidc ABC thudc truc Ox khi cdp ( y;z) la:

A.(L,2) B.(24) C. (-1,-2) D.(-24)
Cau 34: D4t a=log, 15;b=1og, 10. Hay biéu dién
log ;50 theoavab.

A.log 550 =(a+b-1) B. log;50=3(a+b-1)

C. log 550=2(a+b~1) D. log ;50=4(a+b~1)
Cau 35: Diém cuc tiéu cta d6 thi ham so:
y=x"-3x"+3 thudc goc phan tu:

A I B.1I C. 1V D.I
Cau 36: Cho s6 phtic z théa man |z + 1| = |z -2i+ 3|.
Biét tap cac diém bi€u thi cho z 1a mot duwong
thang. Phuong trinh duong thang d6 la:

A. x—y-3=0 B. x-y+3=0

C. x+y+3=0 D. x-y=0
Cau 37: Cho 3 diém A(0;1,2), B(3;-11),
C (0; 3;0). Puong thang di qua trong tim G cta
tam giac ABC va vudng goc véi mit phang (ABC )

c6 phuong trinh:
A x—lzy—lzz—l B x—lzy—lzz—l
1 -1 1 1 1 1
C x-1 y-1 z-1 x-1 y-1 z-1

-1 1 1 1 1 -
Cau 38: Cho D la mién hinh phéng gidi han boi

ylesinx;yzO;x=0;x=g. Khi D quay quanh

Ox tao thanh mot khéi tron xoay. Thé tich cua
khdi tron xoay thu duoc:

A. 1 (dvtt) B. m(dvtt)

C. 2 (dvtt) D. 2 (dvtt)
Cau 39: Cho phuong trinh z> —2z+17 =0 ¢6 hai

nghiém phtcla z, va z,. Gia tri cta |zl|+|zz| la:

A. 217 B.2J13 €. 2419 D. 215

Cau 40: Tinh dao ham cta ham sO
y=1log,,, (x2 + 1).
. 2x . 2x
y = B. y =
2017 (xz + 1)1n2017
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1 1
Cy=——— D.y=———
g (x* +1)In2017 / (x* +1)
Cau 41: Cho khoi chép S.ABC c6 day ABC latam
gidc vuong can tai B, d¢ dai canh AB=BC =g,
canh bén SA vudng goc v6i day va SA=2a. Thé
tich V ctia khoi chép S.ABC la:
3 3 3
Av=L Bv=-L cv=¢ DVv=Z
3 2 6
Cau 42: Cho mat phang (P) di qua cac diém
A(-2;0;0), B(0;3;0), C(0;0;-3). Mat phang (P)
vudng goéc véi mit phang nao trong cac mat
phang sau:
Ao x+y+z+1=0
C. x-2y-z-3=0

B. 2x+2y—-z-1=0
D. 2x+3y+z-1=0

n
4

Cau 43: Tinh tich phan I = I —dx.
0 COS™ X
A. 1=£+1n\/§ B. I:E—ln\/i
C. I:E+ln£ D. 1:3—1n£
4 2 4 2

Cau 44: Mot miéng bia hinh tron c6 ban kinh 1a
20cm. Trén bién ctia miéng bia, ta xac dinh 8 diém
A B, C D, E F, G, H theo thtt ty chia duwong tron
thanh 8 phan bang nhau. Cét bo theo cac nét lién
nhu hinh vé d€ c6 duoc hinh chtr thap
ABNCDPEFQGHM ro6i gép lai theo cac nét dat
MN, NP, PQ, QM tao thanh mot khéi hop khong
nap. Thé tich cta khdi hop thu dwoc la:

4000(2—&) 4-2
2 ' J2
C. 4000(2—&)44—2& D. 4000( 2—6)3

A.

Cau 45: Chon khang dinh sai trong cac khang dinh
sau:

A.

O ey

1
sin(l - x)dx = Isinxdx
0
s
sin —dx :ZI sin xdx
2 0

3

(1+x) dx=7

B.

C.

O O =3

1
D. Ixzw (1+x)dx= 2
% 2009
CAau 46: Cho g, b 1a hai s0 ty nhién 16n hon 1 thoa
man a+b=10 va 4"b*'* 1a mot sd te nhién c6 973
chr s6. Cap (a,b) thoa man bai toan la:

A.(55) B.(6;4) C.(82) D.(7:3)
Cau 47: Cho mit phéang (P) X+y+z+3=0 va
1 y+ =N Phuong trinh

-1 -1
duong thang A ndm trong mit phang (P ), cét

duong thang d:

duong thang d va vudng goc véi 1?1(1; 2; 3) la:

x+1 y+1 z+1 x+8 y-2 z-3

A. B.
1 -2 1 1 -2 1
C x_y-2_z-3 D x+8 y-2 z-3
121 121
Cau 48: Cho ham s¢ f(x):2x—3' Goi F(x) la
mot nguyén ham cua f (x) Chon phuong an sai.
A. F(x):MHO B. F(x):w+10
4
In(2x-3) Inix ‘%
C. F(x)=———+5 D. F(x)=——"+1

Cau 49: Mot khdéi hop ch nhat ABCD.A,B,C,D

17171
c6 day ABCD la mét hinh vudng. Biét tong dién
tich tat ca cac mat cua khoi hop do la 32, thé tich
16n nhdt ma khoi hop ABCD.A,B,C,D, la bao

1717171

nhiéu?
_ 56;/5 - 80;/5 c 709J§ b, 649J§

Cau 50: Tim m d€

A

phuwong  trinh
‘x“ —5x + 4‘ =log, m c6 8 nghiém phan biét:
A. 0<m<y2°

C.1<m<A2°

B. Khong co gia tri ctia m
D. —2° <m<i2°
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DAP AN VA LOI GIAI CHI TIET

1B 2A 3D 4C 5A 6D 7A 8A 9D 10A

11B 12C | 13A | 14C 15B 16D 17B 18C | 19D | 20D

21A | 22C | 23D | 24A | 25A | 26D | 27C | 28B 29B 30C

31A | 32B | 33D | 34C | 35C | 36B 37B | 38B | 39A | 40B

41A | 42B 43C | 44C | 45C | 46D | 47B 48B | 49D | 50C

Cau 1: Dap an B.

Phdn tich: Nhan thay ¢ day dé bai cho ta bai toan vé dang ham phan thic bac
nhét trén bac nhat ma ta da dwoc hoc, do vay ta c6 hai TH dé€ xét: la TH m=-1
va m#—1. Vi m=-1 thi thay truc ti€p vao ham s6 da cho va xac dinh khoang

don diéu. Vi m = —1 thi xét nhu xét voi ham phan thitc bac nhat trén bac nhat.

Loi gidgi
*V6i m=—1 thi ham s§ da cho cé dang y =0 1a ham hang ( khong thoa man).
*Voi m#=—1 thi
m(m+1)—2m—2 m?—m—=2
(x+m) (x+m)

Dé ham s6 da cho nghich bién trén khoang (—1; +oo) thi

y'=

m* —m—-2<0,Vm=-1
—maé(—l;+oo)

=1<m<?2

-1<m<2
RS
-m<-1

Poc thém: D¢ thi thir lin I ciia S6¢ GD- DT Hung Yén co ciu 23 giong dé. Cic em tim doc
thém.

Cau 2: Pap an A.

Phin tich: Ta nhan thay néu 1dy loga hai v&ludn thi log(a* +b*) sé khé phan
tich ra boi khong c6 cong thire log(x + y). Do vay, nhin vao cac phuwong an
nhén thay B la phuong an ltra d€ ta chon, tuy nhién khong c6 cong thic bién
doi v€ trai nhu vay. Nén, dé c6 thé bién doi dugc ve trai ta dua vé dang

pif<:>(a+b)2 —2ab =14ab <:>(a+b)2 =16ab.

Loi giai
pt@(a+b)2 :16ub<:>(a+b)2 =ab.
16
P (a+b)
Lay logarit hai vé ta dwoc log T log(ab)

<:>210gaf::b=10ga+logb <:>logaT+b=%(loga+logb)

Cau 3: Dap an D.

Phan tich: Do C e (Oxz) nén C(x, O,Z) . Tat ca cac phuong an A, B, C, D déu
thoa man tinh chat nay, do d6 ta xét dén tinh chat ti€p theo, d€ A, B, C thfmg
hang thi

AB=FKAC .

e

Loi gidgi
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Phan tich sai [am: Nhiéu
ddc gia quén diéu kién
-m ¢ (—1; +OO) nén dan
dén chon D.

Tuy nhién hay nhé ki
rang, d¢ ham s§ don
diéu trén mét khoang
thi ham s6 phai lién tuc
xac dinh trén khoang doé.




Chu y: Nhiéu doc gia
quén rang c6 hai treong
hop la hai thiét dién
nam vé hai phia ctia
khoi chdp. Nén chon B

Cac cong thitc ap dung:
(a")' =a“.lna
Inx+Iny =Inxy

(véi cac logarit nepe trén
ton tai).

Chu y:

(2x-1)" +(2y+3) =16
Chua phai dang cua
phuong trinh dwong

tron. Do vay chon A la
sai.

13 dé thi thit THPT quéc gia mdn Toan — Kem Ioi giai chi tiét Ngoc Huyén LB

Tacé AB=(-1-2;-3); AC=(x-3;~4;z-8)
Khi d6 k=j=2= —3_z°8 :»{le.
-2 -1 3 |z=2

Cau 4: Pap an C

Phén tich: O hinh vé bén, cdc tam giac SAM,
SAN, SAP, SAQ 1a mot vai trong v sO thiét
dién ctia mat phéng chita canh SA cit mit
non.

Loi gidi: Goi duong sinh cua khéinén la l va
goc ¢ dinh can ctia tam giac thi€t diénla o.
Khi @6 0 <. <150°. Ta co Szé.lz.sin(x. Mal

2

khong do6i, sina<1 do do SS%.

Dau bang xay ra khi o.=90°. Do d¢ ta c6 thé

thdy, c6 2 tam giac thiét dién ndm vé hai ntza ctia khéi nén 1a tam giac vudng
can. Do dé ta chon C.

Cau 5: Dap an A.

Phdn tich: Ta thdy véi bai toan nay ta ¢ thé chuyén

nhanh ham s6 vé dang y—2 4+3 :2%4.[2]

o . 2+3 1 (3Y)
Loi giai: Taco y= e :2_X+_

Khidoé y'= i+ 3 '=i.ln1+ 3 .11'1g

2 \4 2 2 \4 4

0
Véi x=0 thiy'(O):i.lnL Sl n2cimiim3om( i3 )omd
2 4 4 2 4 2 4 8

Cau 6: Dap an D.
Phdn tich: V6i dang toan nay, do dé yéu cau tim ban kinh R do d¢6 ta phai dua z
védang z=x+iy (x,y€R)
Loi giai: Dat z=x+1iy (x,yeR)khi do6 phuong trinh da cho tro thanh
2(x+iy)-1+3]=4 <|2x-1+(2y+3)i|=4

<:>\/(2x—1)2 +(2y+3) =4 o (2x-1) +(2y+3) =16

)
Slx—=| +|y+=| =4
2 2
Khido R=2.
Cau 7: Dap an A.
Phin tich:
Ta thdy SA vudng géc v6i mat phang day, do d6 SA vudng géc OB, ma OB

vudng géc AC, do d6 OB L(SAC). Tir day ta chi di tinh d6 dai OB.
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3
Do dién tich tam gidc SAB la 4 ;/5 va SA= a\/g , mat khac tam gidc SAB la tam

gidc vudng tai A nén tir do6 ta tim dwoc do dai AB hay chinh la d¢ dai canh hinh
vuong, dén day ta tinh dwoc d6 dai OB.

Loi gidi:

. {SA 1 OB

Ta c6 = OB L (SAC)
AC LOB

a2

25
Do d6 d(B,(SAC))=0B. Ta cé AB=—>%=a.Khidd BD:a\/E:OB:T.
Cau 8: Dap an A.
Phén tich: Ta thay giao v6i do thi ham s3 véi truc Ox la diém A(1;0). Khi d6
phuong trinh ti€p tuyén ctia d6 thi ham s6 da cho tai A sé c6 dang
y=f'(x,)(x=x,)+ f(x,)- Thay x, =1 vao ta c6 két qua.

Loi gigi: Tacd y'= ( > )2 . Khi d6 phuwong trinh ti€p tuyén tai A ¢ dang
xX+2

y=f'(1)(x—1)+0 hay y:%x—% & x-3y—1=0.
Cau 9: Pap an D.
Phdn tich: Ta thdy cong thitc tinh cwong do tran rung chan c6 thé chuyén vé

dang M = logAi. Khi &6 cuong do tran dong dat thit nhat dc tinh bang cong

0

A
thiec log A—l =8=A, = 108.AO . Twong tw vdi bién d¢ thit hai thi ta dwoc
0

A
4,=10°4, =~ =100,

2

Doc thém: D¢ thi thir lin I ciia S6 GD- DT Hung Yén ¢6 cdu 22 gidng dé. Cic em tim doc
thém.
Cau 10: Dap an A.

Loi giai: Diéu kién x >%

Khi d6 bat phuong trinh twong duong voi

log, (2x—1)>log, 2 eox-l<2ex<® Két hop véi diéu kién ban dau
s 316 16 32
ta duoc 1 <x< 25
2 32

Sai lam thwong gdp:

1. Quén diéu kién.

2. Khong nhan thay 0 < Z <1 nén khong dao chiéu bat dang thic.

Cau 11: Pap an B

Voi A: Ta thdy —1;3 khong phai la gia tri nho nhat, 16n nhat ma lan lwot la gia
tri cuc ti€u va gia tri cuc dai cia ham s6 da cho.

V6i B: Day 1a khang dinh ding.

Voi C: Ham s0 c6 gia tri cuc dai béng 3, con ham s6 c6 mot diém cyc daila x=1
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Cong thitc nhanh: Véi
bai todn dang nay ta chi
can nhAm nhanh 8-6=2
nén ti s8 sé 1a 107 =100
teong tw nhw trong Vat
ly vé muic cuong d am

Cht y: Nhiéu doc gia sai
Tam khi nham lan gitta B
va D. Tuy nhién phai
dién dat lai D nhu sau
méi dung:

Ham s6 dat cuc tiéu tai

x =—1 va dat cuc dai tai

x=1
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Cong thitc cin nhé: Khi
cho toa do cac dinh A, B,
C ctia tam giac tam giac
thi ap dung cong thire

oL

ABC

Cau 12: Dap an C
Phan tich:
Ta thay (2x2 + 1)' =4x. Do vay ta sé nhan thém 4 vao dé€ tao ra tich phan dang

Loi gidi: Ta ¢6 1=%j(2x2 +1)3 (4x)dx = il(zx +1) d(zx2 +1)

0

=Z.Z.(2x2 +1)4 é=5

Cdch s dung mdy tinh: Nhan nat tinh tich phan trong may tinh, nhap biéu
thirc ta dwgc két qua la 5.

Cau 13: Dap an A.

Phan tich: Ta thdy néu goi A(x1 ; %) va B(x2 Y, ) [an lwot 13 hai diém cuc dai

va cue tifu ciia db thi ham s6. Khi dé 2= = |
1 yZ
Loi giai:
x=0
1
Tacd y'=—4x’ +4x=0<|x=1 .Khidd ﬁzwzé.
reo1 h, y(O) 3

Cau 14: Pap an C

Tacé S =%‘[E,TC]‘.DO d6 tasé di im AB=(2-m;1;2) ; AC=(-m;2;1).

ABC

Ma | AB, AC |=(-3;-m—2;-m +4)

Khi do S

1‘ABAC‘ 2o+ (-m-2) (m+4)2=@
Al 2

ABC

) {m =3

<2m” —4m+29=35 <
m=-1

Cau 15: Dap an B.
Phidn tich: Ta thdy véi ham phan thitc dang nay thi gid tri 1am cho da thitc mau
s6 bang 01a a thi x=a s& la phuong trinh tiém can ding ctia d6 thi ham s6. Tuy
nhién ta can c6 cha y la x =a khong la nghiém ctia phuong trinh da thtic tir s6
bang 0.
Loi gidi:
(x—1)(x+2)

. D& @6 thi ham s6 c6 hai tiém can dung thi phuwong
x> =2x+m

Taco y=

trinh x* —2x +m =0 ¢6 hai nghiém phéan biét khéac 1;-2, ttc 1a
1-m>0 m<1
{mil;m;tS@{mJtS
Chij 17: Nh6 diéu kién sao cho x =a khong phai la nghiém ctia phuong trinh da
thitc tr s8 bang 0.
Doc thém: D¢ thi thir lin I cuia S6 GD- DT Hung Yén c6 ciu 9 giong dé. Cdc em tim doc thém.
Cau 16: Dap an D.
Loi giai:
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Céch 1: w=(1+i) .(2+3i)=(i +2i+1)(2+3i) =2i(2+3i) =4i—6
Cach 2: Dung may tinh. Chon MODE 2 d€ chuyén mdy tinh sang dang tinh

toan vodi s6 phtic, sau d6 nhap nhu sau: MAY TINH
HPLE @ Math & BO TUI

(141 15=(243i )
-b+di

Cau 17: Dap an B.
Loi giai: Ta co F(x)zj(2x+1)dx=x2 +x+c.

2
F(x):x2+x+c:(x+iJ +c—i2c—i voi moi x. Ma dé cho GTNN ctia ham

s0 yzF(x) bang 3279 do do c—iz%:c=10 . Vay d6 thi cia ham so
y=F (x) cat truc tung tai diém c6 tung do bang 10.
Cau 18: Dap an C.
Phdn tich: Véi bai toan dang nay ta thay ludn z =g+ bi vao dé€ tinh.
Loi gigi: Phuong trinh da cho twong dwong voi 2. (a +bi ) +a-bi=3+i
3a-3=0 =1
©3a-3+(b-1)i=0 " "Vl tirdo 3a+b=4
b-1=0 b=1
Cau 19: Pap an D.
Bdi todn géc: Cho khdi tit dién SABC ¢6 SA, SB, SC d6i mot vudng goc, voi
SA=a,5B=b,SC =c . Tinh thé tich khéi cau ngoai tiép khoi ti dién.

Tam giac ddy SBC vudng tai S, do d6 tam duong tron ngoai ti€p ctia tam giac

1a trung diém ctia BC, tir trung diém ctia BC ké duong thang d vudng goc véi
mat phfmg (SBC ) Goi A la trung truc ctia canh SA. Khi d6 And=1 la tam

cua khoi cau ngoai tiép t dién SABC.

-y . ~ A*>  BC?
Khi do6 ta di tim R=SI. Ta thay SI = > + ¢
4 Céng thirc: ban kinh ctia
Ma tam giac SBC vudng tai S nén BC =+/SB? + SC* =+/b* + ¢* nén khdi cau ngoai ti€p khoi

ti¢ dién ¢o cac canh bén

R=SI= %\[az +b0* +2 cling chung mot dinh d6i

mot vudng goc véi nhau

T bai todn gdc 4p dung vao bai ta dwoc R= %\/32 +4% +5% = # Khi d6 la: R =%\faz +b”+c?
3 Vdi a, b, cTan lwot 1a 0
yo4 o 4 J{S\/E J _125\2n dai cic canh bén dé.
3 3 2 3
Cau 20: Dap an D.
Phan tich:

Ta thay day la ham sd bac ba c6 hé s a=-1<0 ludn nghich bién trén R khi
phuong trinh y'=0 v6 nghiém hoac c6 nghiém duy nhat. Ttc 1a phwong trinh

—3x% +6mx —3(2m—1)=0 < x* —2mx +2m—1=0 c6 nghiém kép hodc vo

nghiém.
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Cong thirc:

[ax+b),: ad —be
cx+d (cx+d)2

Chu y:

1. Ham phan thic bac
nhat trén bac nhat luén
don diéu trén titng
khoang xac dinh.

2. Ham b4c bon trung
phuong khong bao gio
don diéu trén R .

Hay m* —2m+1<0, ma m* —2m+1=(m—1)2 >0,Vm.Dovay m=1 .

Chit i7: Nhiéu doc gia quén treong hop (m - 1)2 =0 nén chon B la sai.

Cau 21: Pap an A

Nhan thdy nhin vao hai can thi ta c¢6 thé loai B va C, do tiém can ngang cta hai
d6 thi ham s6 nay la y=2 cht khong phai 1.

Tiép theo ta chi can xét hai phuong an A va D. Ta xét tinh d6ng bién nghich
bién.

O phuong dn A: thi ad —bc=—-2—-3=-5<0 do d6 ham s& nghich bién trén ting
khoang xac dinh ( thoa man)

Doc thém: D¢ thi thir lin I ciia S6 GD- DT Hung Yén co ciu 38 giong nhau. Cdc em tim doc
thém.

Cau 22: Pap an C

Thuc chét day la bai toan tw duy kha don gian, ta thdy dién tich xung quanh
cua khoi lang tru chinh la dién tich ctia hinh chit nhat khi trai ra, do d6 ta chon
C.

Cau 23: Dap an D.

Twong tu nhu bai toan 4 ta c6

Ki hiéu géc ¢ 6 trén hinh vé. Ta c6 SA=+/2% +12 =+/5 . Khi d6

_h_2 2

Cau 24: Dap an A.
Ta thdy ham I 1a ham phan thtic 6 ad —bc=2.2-(-1).1=5>0 do d6 luén
dong bién trén ting khoang xac dinh ctia né.
Ham II 1a ham béac bon trung phuong nén khong bao gio don diéu trén R.
Ham IIT ¢6 y'=3x> +3>0. Do d6 Il ludn dong bién trén ting khoang xac dinh
ctia no.
Cau 25: Dap an A
Diéu kién —x* +5x—-6>0<=2<x<3.
Cau 26: Dap an D.
Twong tw nhw cach t6i da gidi thiéu vé bam mdy o trén thi & day ta co két qua
nhu sau:

CMFLY @ Math &

2% ( 1431 1-3%( 21 )
-4+3i

Ta c6: w=2z -3z, =2(1+3i)-3.(2-i)=2-6+(23+3)i=—4+9i
Cau 27: Dap an C.

, . V6i m>0 thi d6 thi ham s6 c6 3

Loi gidi: ta c6 y'=4x —4mx=0<:{
x*=m

diém cuee tri, khi d6 ba diém cuec tri ctia d6 thi ham so Ian luot 1a
A(0;2m + m4),B(\/E;m4 — +2m),c(—\/E;m4 — +2m) .Khi d6

1

Spe =5 A(A;BC) BC =2 (2m+m* —m* = 2m+ ") 2:m

ABC

N~
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=m*m=4=m=316.
Poc thém: D¢ thi thir Iin I cia S6 GD- DT Hung Yén c6 cdu 18 giong nhau. Céic em tim doc
thém.

Cau 28: Pap an B

Phan tich:
N

2 f—
 —lim /1—%:1; fim Y =1 _ Jim - /1—%:—1
X—>+0 x X—>+00 X X—>—0 x X—>—0 X

Ta cé lim

=y =1y =-1 lahai tiém can ngang ctia d6 thi ham sé.

Ta cé lim x =1
x—0" X

Poc thém: D¢ thi thir lin I ciia S6 GD- DT Hung Yén co ciu 29 tieong ti. Cdc em tim doc

thém.

Cau 29: Pap an B

Ta nhén thay hiéu s6 cua thé tich c¢dt sau va truwede khi trat vira tong hop chinh

khong ton tai.

la thé tich vira tong hop da dung. Vay thé tich vira la:
£ 2043
4

i

vV, = 400.10.{7:.212 - J ~1384847,503(cm’ ) SHIFT STO A,

Khi d6 s8 bao d& hoan thién hé thong cdt duoc tinh bang cong thirc:

64000
Cau 30: Pap an C
Ta c6 hinh bat dién déu ¢ hinh vé sau:

Vay hinh bat dién déu c6 6 dinh.
Cau 31: Dap an A.

Phan tich: Ta c6 200 = (0-8).4 =t =20 Khi dé E(v)=cv’ = . Docla
v-8 v—
hing s nén dé nang luong tiéu hao it nhat thi f(v) = 2002’: nho nhét. Xét ham
-
sO f(v) trén (8;+oo)
20 Q) .3
f'(v)=200.M=ZOO.M f'(v)=0<0v=12.

(o5 (o5
Poc thém: D¢ thi thiy lin I cia S6 GD- DT Hung Yén ¢6 cdu 32 giong. Cic em tim doc thém.
Cau 32: Dap an B
Ta thdy E=3"27132233% _g#122a38 _32 _g
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Giai thich thuc t&: O day

20243
4

6.

la dién tich

ctia mét day luc giac.

Giai thich thuc té: Khi
con cd boi nguroc dong
thi van tdc ctia dong
nudc sé€ nguoc lai véi
van tdc cua con ci, do dé

van toc tdng s€ 1la v -8
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\4

Doc thém: D¢ thi thir lin I cua So GD- DT Hung Yén c6 cdu 19 giong. Cic em tim doc thém.
Cau 33: Dap an D

2+0+

20V

3+1+z z=-4

=-2
Trong tam G ctia tam giac ABC thudc truc Ox khi 3 & {y
0

3
Cau 34: Pap an C
Ta c6 log ;50 =log , 50 =2log, 50 =2log, (10.5) =2(log, 10+log, 5)
32

=2(log, 10 +log, 15—1log, 3) =2(a+b-1)

Doc thém: D¢ thi thir lin I cua S6 GD- DT Hung Yén c6 cdu 40 giong. Cic em tim doc thém.
Cau 35: Pap an C

Phén tich: O day ta sé xac dinh toa d¢ diém cuec tiéu ttr d6 xac dinh vi tri caa
diém do6 thudc goc phan tw thit may.

0 7 .
Loi gidis Taco y'=3x" ~6x=0<>|" — . Khido diém A(2;-1) la diém cuc

X =
tiéu cua do thi ham s6 da cho. Vay A thudc goc phan tu thir IV.
Ta ¢6 cach chia goc phan tu nhu sau:
Nguoc chiéu kim dong ho.
Cau 36: Dap an B
Phin tich: Vi céc bai todn dang nay thi ta s& dit z=x+yi(x,y €R). Khi d6
thay vao phuong trinh dé cho, ttr d6 tim méi lién hé gita x, y.
Loi giai: Ta c6 phuong trinh da cho tro thanh
|+ yi+1|=|x+yi—2i+3 <:>|x+1+yi|=‘x+3+(y—2)i‘
o(x+1) +y =(x+3) +(y-2) ©2x+1=6x-4y+13
<4x—-4y+12=0=x-y+3=0
Cau 37: Dap an B
Phin tich: Nhan thdy khi duong thang can tim vudng goéc véi mit phang
(ABC ) tiec la duwong théng nay cung phuong voi vtpt cia mat ph?mg (ABC ) .
Mit khéc, véi bai toan cho ba diém thi vtpt ctia mit phang (ABC ) dwoc tinh
bang tich c6 huéng ctia hai vecto AB va AC. Vay tir day ta viét duoc phuong
trinh duong thang can tim.
Loi giai: ta c6 AB= (3; -2; —1); AC = (0; 2; —2) .Khi do

w=n(anc) =| AB, AC |=(6,6,6)=6(1,1,1)

Ma trong tam G (1; 1; 1) . Do d6 phuong trinh duong thang can tim 1a

x-1 y-1 z-1
11 1
Cau 38: Dap an B
Thé tich khdi tron xoay khi quay D quanh truc Ox dugc tinh bang cong thitc

3 L
V= nj sin xdx = n.(—cos x) 2= n.(—cosg + Cos 0] =n dvtt.
0 0

Cau 39: Dap an A.
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z, =1+4i

Giai phuong trinh trén bang may tinh cam tay ta digc hai nhiém la { 14
z, =1-4i

Khi d6 |z,| +|z,|=2V1+ 4% =2417
Cau 40: Pap an B

' ' 2
y :(10g2017 (x2 +1)) zm

Poc thém: D¢ thi thir lin I ciia S6 GD- DT Hung Yén co ciu 41 giong. Cdc em tim doc thém.
Cau 41: Pap an A

Ta thdy day la bai toan go diém boi V :%.B.h ma dé da cho dién tich day va

chiéu cao, do dé V = %.a.a.Za = %

[SSHIEY

Cau 42: Pap an B.

Tuwong tw nhu bai 37 thi ta tinh dwegc vtpt ctia mit phang (P) nhuw sau:

Ta 6 AB=(2;3;0), AC=(2;0;-3). Khi d6 vtpt cta (P):

n= [@, TC} = (—9; 6; —6) . Ta thdy hai m3t phiang vuong goc véi nhau thi hai

vtpt clia mat phang d6 vudng géc véi nhau, ma & day chi c6 mit phing &
phuwong an B thoa man diéu kién do.
Cau 43: Pap an C.

: :
Ta co I=J- x2 dxzjx. di
) COS™ X v COS” X
u=x=>du=dx L 3
Dat ,khidotaco [ =x.tanx 4—jtanxdx
vdv = = v=tanx 0 o
Ccos” x
T gsmx T g 1 k4
=——I dx =—+J d(cosx) =—+1n|cosx| 4
4 {cosx 4 ¢ cosx 0
=—+ lnﬁ—lnl :E+ln—2
2 4 2

Cau 44: Dap an C
Phan tich:

Nhan thay khi chia duwong tron thanh 8 phan thi goc ¢ tim AIB=—"—=
Khi d6 ap dung dinh ly ham s6 cos cho tam giac AIB ta c6
AB® = AL’ +IB* ~2.IAIB.cos s =400 (2-12)

Ma AB=AH =400 (2 2 ) Vi tam gidc AMH vudng can tai M nén

AM =M =2 210, [2(2 2 . Khi 6 thé tich hinh hop 1a

N

V=10 /2.(2—JE).400(2—J§)=4000(2—J§) 4-22

Cau 45: Pap an C
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Cong thirc: S6 cac chir s6
diing trudc ddu phay cta
s6 x 21 batki la:

N = [log x} +1

Phan tich:
V6i A: tabdm mdy thdy dung, tuy nhién tdi c6 thé giai thich nhu sau:

1 1
[sin(1-x)dx = [sinxdx. Dat 1-x=¢ Khi d6 d6i can thi VT ctia phuong trinh tré
0 0
0 1
thanh —[sintdt = [sintdt = VP, vay A dung.
1 0
X

V6i B ta cé : Dat t=§:>dt=%dx.D61cén:

x‘o n

t 0

(SRR

T
g

2
Isingdx = ZJ. sintdt. Vay B dung.
0 0
V6i C, bAm may tinh ta thdy két qua khong dtng, do dé ta chon C.
Cau 46: Dap an D.
Phdn tich: Ta c6 cong thizc tinh s6 cac chit s6 dung trede ddu phay cua sd x>1
batkila|N=n+1=[logx|+1.

That vay ta di chitng minh nhu sau:

Vi 10" 1a s0 tu nhién bé nhat c6 n+1 chit sO nén so cac chit sd ding truede ddu
phdy ctia x bang n+1 khi va chi khi 10" <x<10"", ticla n<logx<n+1,
diéu nay chiing to rang n= [log x].

Loi giai

Ta thdy s8 chit s6 cua a?b™"° 1a 973 = [log a?p* ] +1

=[12loga+2016logh |+1 «<>[12loga+2016logh |=972. Thi cac cap gia tri ta
thdy D thoa man
Cau 47: Dap an B
Phdn tich: Ta thdy ¢ day 6 khéd nhiéu d kién, tuy nhién ta cos thé tim dwoc
giao diém giita A va d bang cach dua phuong trinh duwong thang d vé dang
phuong trinh tham s6 va tham s0 toa do giao diém.
x=1+3t
Loi gidi: Ta c6 d:y=-1-t .Khi d6 I(1+3t;-1—t—t) la giao diém cua d va A
z=—1
Ma I thudc mit phang (P) Dod6 1+3t-1-t—-t+3=0=t=-3 :>I(—8;2;3)
Ta thdy d vudng goc véi U va 771(13) (1a vtpt cia mat phang (P) ). Suy ra
x+8 y-2 z-3

;ld = [;t, ﬁ(p) } = (—1; 2; —1). Khi d6 phuong trinh A c6 dang

-1 2 -
C>A:x+8=y—2=z—3.
2 1
Cau 48: Dap an B.
Tacé F(x)=[———dv=[+.——d(2x-3) -y
2x -3 2°(2x-3) 2
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T day ta thdy A dung.

B , ln|4x—6| 1n2+ln|2x—3|
V6iB ta thdly ——— +10=

+10 = F(x), C sai.

Cau 49: Dap an D.

Dat a 1a d6 dai canh cta hinh vudng day, b la chiéu cao ctia khoi hop voi
a,b>0 . Khi d6 ta c6 24° +4ab=32 < 2a(a+2b)=32 < a(a+2b)=16

b= %(E - aj . Khi @6 thé tich ctia kh&i hop duoc tinh bang cong thirc:
a

V:f(a):%.a2 [E—aj =%.a.(16—u2)=—%a3 +8a

4
3
Ta c6 tong dién tich cac mat ctia khoi hop la

Cau 50: Bap an C

Phan tich: Dt log, m=a>0 khi d6 m=2". Xétham s& f(x)= ‘x‘* —5x% + 4‘ ta

do a>0.Khid6 V. =f{i]

Ta ¢6 f'(a)=—§a2+8=0<:>a= Z@

X

sé xét nhu sau, vi day 1a ham s8 chdn nén d6i xting truc Oy. Do vay ta sé& xét
ham g(x)=x"-5x"+4 trén R, sau d¢6 14y d6i xtmg dé€ vé do thi ham y = f(x)
thi ta gitt nguyén phan d6 thi phia trén truc hoanh ta duoc (P1 ) , 1dy d6i xting
phéan phia duéi truc hoanh qua truc hoanh ta duoc (P2 ) , khi @6 &6 thi ham s&
y= f(x) la (P) = (Pl)u(Pz) . Lac 1am thi quy doc gia c6 thé vé nhanh va suy
dién nhanh.

Nhin vao do thi ta thdy dé€ phuong trinh da cho c6 4 nghiém thi 0<a <%

=1<m<y2’
Poc thém: D¢ thi thiy lin I cia S6 GD- DT Hung Yén ¢6 cdu 31 giong. Cic em tim doc thém.
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PESO 8
THPT CHUYEN DAI HQC SU PHAM HA NOI

Cau 1: Tap nghiém cua bat phuwong trinh
(27 -1)nx" <0 1a:

A (2-1)u(12) B {12}

C. (12) D. [1;2]

. o (2m+1)x+3 |
Cau 2: b6 thi ctia ham s6 y=——— ¢6

x+1
duong tiém cin di qua diém A(-2;7 ) khi va chi khi:

A.m=-3 B.m=-1 C.m=3 D. m=1

Cau 3: Diéu kién can va da cta m dé ham so

y=mx"+ (m + 1)3(2 +1c6 dung 1 diém cuc tiéu la:
A. -1<m<0
C.me [—1,'+oo) \ {0}

B. m<-1
D. m>-1
Cau 4: Phat biéu nao sau day la dung?

—c0Ss2x

A. Isin2xdx= +C;CeR

c0Ss2x

B. jsiandxz +C;CeR

C. jsin2xdx =2cos2x+C;CeR

D. .[siandx =cos2x+C;CeR
Cau 5: Tap nghiém cta bat phuong trinh:
log(x3 + 25) >log(10x) la:

A. R\{5} B. R

D. (0;5) ) (5; +oo)

Cau 6: Ham s6 nao trong cac ham s6 dudi day co

C. (0;+0)

d6 thi phtt hop v6i hinh vé bén:

A

y

L 2o

1
A.y=x> B.y=x' C.y:\/; D.y=x°
1
Cau 7: Tap xac dinh cia ham s6 y =x3 la:

PE THI THU THPT QUOC GIA NAM 2017
Moén: Toan
Thoi gian 1am bai: 90 phut
A.[0;+0) B.R C. R\{0}

Cau 8: Cho hinh nén ¢é chiéu cao bang 3cm, goc

D. (0;+)

gitta truc va duong sinh bang 60°. Thé tich cta
khoi nén la:

A. 9nem®  B. 3nem®  C. 18nem® D. 27nem’
Cau 9: Cho tir dién ABCD c¢6 hai mat ABC, BCD la
cac tam gidc déu canh a va nam trong cac mat
phang vudng goc véi nhau. Thé tich ctia khdi ti
dién ABCD la:

3 3 3
A g c.z D. 3a
8 4 8 4

Cau 10: Cho hinh chép déu S.ABC c6 day bang a,
goc gitta duong thang SA va mat phang (ABC )
bang 60°. Goi A’; B’; C’ tuong ting 1a cac diém ddi
xung cua A; B; C qua S. Thé tich ctia khéi bat dién
cO cac mat: ABC; A'B’C’; A’'BC; B'CA; C’AB; AB’C’;
BC'A’; CA’B’ la:

A. 2432 B.

3a’ 2434°
2
Cau 11: Phat biéu nao sau day la dung?
x"+1
A, f(x* +1)dx = [+ )+C CeR

jx2+1 dx = 2(x +1)+C CeR

(+*+1)
J‘(x2 +1)dx=%+—+x+C CeR

3 3
D. (x2 +1)dx=x—+2i+x
5 3
Cau 12: Ham sd nao trong cac ham s6 dudi day co
d6 thi phu hop véi hinh vé bén:
A

Y
2

/9;
N

C. y=logcx

A y=e" B.y=e"

D. y=log,,x
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Cau 13: Cho cic sO thuc a,b,c thdéa man

-8+4a—-2b+c>0 , .
g ““ s giao diém cua d6 thi ham
8+4a+2b+c<0

s6 y=x"+ax’ +bx+c vatruc Ox la:

A.0 B.2 C.3 D.1

Cau 14: Mot dam vi trung tai ngay tht t c6 s6
s a3 , 7000 .., o

lwong la N(t). Biét rang N (t) =T va luc dau
dam vi trung ¢6 30000 con. Sau 10 ngay, dam vi
trung co khoang bao nhiéu con?

A. 332542 con B. 312542 con

C. 302542 con D. 322542 con
Cau 15: Cho hinh lap phuong ABCD. A’B’C’'D’
canh a. Thé tich cua khéi t&¢ dién ACB’D’ la:

3 3 3
a

A d B.Z c¢Z bpZ
3 6 2

Cau 16: Cho hinh 1ap phuong c6 canh bang 1.
Dién tich mat cau di qua cac dinh cta hinh lap
phuong la:

A.6m B. 3n Cn D. 2n
Céau 17: Cho ham s6 y=f (x) c6 bang bién thién
nhu hinh bén. S§ dwong tiém can ngang ctia d6
thi ham s6 y = f(x) la:

-1
A.0 B.1 C.3 D.2
Céu 18: Cho hinh tru c6 céc dudng tron day 1a (O)

va (O’), bén kinh d4y bang chiéu cao va bang a.
Cacdiém A; B lan luot thudc cac duong tron day
12 (O) va (O") sao cho AB=+/3a. Thé tich ctia khéi
te dién ABOO’ 1a:

3

3 3
AL B. L C. & D. L
2 3 6

Cau19:Hamso y= %133 +mx” —x+1 nghich bién
trén R khi va chi khi:
A. meR\[—l;l] B. me]R\(—l;l)

C. me[—l;l] D. meR\(—l;l)
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Cau 20: Chuyén ké rang: Ngay xua, c6 dng vua
htta sé thwdong cho mot vi quan mon qua ma vi
quan duoc chon. Vi quan tau: “Ha than chi xin Bé
ha thudng cho mot hat thoc thoi a! Cu thé nhu sau:
Ban co vua c6 64 6 thi véi 6 tht nhét than xin thém
1 hat, 6 thit 2 thi gap d6i 6 dau, 6 tha 3 lai gap doi
0 tht 2,... 6 sau nhén sd hat thoc gap doi phan
thudng danh cho 0 lién trudc”. Gia tri nho nhat
cua n d€ tong sO hat thoc ma vi quan xin tit n 6
dau tién (tir 6 thit 1 dén 6 thir n) 1én hon 1 triéu la:

A.2]1 B. 19 C.18 D. 20
Cau 21: Cho a la s6 thuc duwong khac 1. Xét hai s6
thuc x,;x,. Phat bi€éu nao sau day la dung?

A.Néu a" <a” thi (a—l)(x1 - X, ) <0

B.Néu a" <a® thi (a-1)(x, —x,)>0

C.Néu a" <a™ thi x, <x,

D. Néu a" <a™ thi x, >x,

Cau 22: Diéu kién can va du cta m dé€ ham sd
3

y :JC——(m+l)x2 +(m2 +2m)x+1 nghich bién
3

trén (2;3) la:

A. me[1;2] B. me(1;2)

C.m<1 D. m>2
Cau 23: Khoi tru c6 thiét dién qua truc la hinh
vudng canh a=2cm cé thé tich la:

A. 3nem®  B. dnent®
Cau 24: Trong khong gian vdi hé toa do Oxyz, cho
cac diém A(O;—2;—1)Vé1 B(l,'—l,'z). Toa d0 diém
M thudc doan théng AB sao cho: MA=2MB la:

C. 2nem®  D. went®

B. (2;0;5)

D. (-1,-3;-4)

Cau 25: Cho lang tru diing ABC.A’B'C’ ¢6 day la
tam gidc vuong can dinh A, mat bén BCC'B’ la
hinh vuéng, khoang cach gitta AB’ va CC’ bang
a. Thé tich ctia khéi tru ABC.A’B'C’ la:

J2q° J24°
3

B.
2

Cau 26. Ham s6 yzf(x) c6 dao ham

A. C. \/5113 D. &

f'(x)z(x—l)2 (x—3). Phat bién nao sau day la

dung?
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A.Ham sO c6 mot diém cuc dai

B. Ham s6 c6 hai diém cuc tri

C. Ham s6 c6 dung 1 diém cyec tri

D. Ham s6 khong c6 diém cuc tri
Cau 27. Cho hinh nén ¢6 d6 dai duong sinh bang
2 cm, géc & dinh bang 60°. Dién tich xung quanh
cua hinh nén la:

A. 6nen*. B. 3nem® C. 2mem® D, mem?.

Cau 28. S6 nghiém thuc phan biét ctia phuong
trinh 47 —52% +4=0 la:

A.3 B.2 C. 4 D.1
Cau 29. Cho hinh try c6 ban kinh duong tron day
bang chiéu cao va bang 2 cm. Dién tich xung
quanh ctia hinh try bang:

A. 8?chmZ. B. 4nem®. C. 2mem®  D. 8mend®.

Cau 30. Phat biéu nao sau day la dung?

A. 8?ncmz. B. 4rcm?. C. 2rcm?. D.rcm?.

Cau 31. Ham s8 y=log (—x2 +2x) dong bién
trén khoang:

A. (0;1). B. (1;2) C. (—oo;l) D. (1;+oo)
Cau 32. Cho hinh chop S.ABC c6 ddy la tam giac

vudng tai B, canh SA vudng goc voi day va
AB=a,5A = AC =2a. Thé tich khéi chép S.ABC la:

3 3 3
A. % B. 63” . C 2*/3‘?’_” . D. 3.

Cau 33. Ham s0 nao trong cac ham sd sau ¢ bang

bién thién nhu hinh dwéi day

X —0 ) 0 s
' _ 0
y + 0 +
y / 3 +o0
—0 \_1 /

A y=x"+3x"+1. B. y=2x"+6x" 1.
C.y=x"+3x"-1 D. y=2x"+9x* -1
Cau 34. Cho hinh chép S.ABCD co6 day la hinh
vudng canh a, SA vudng gbéc véi mit phang
(ABCD), goc gitta SB voi mit phang (ABCD)

bang 60°. Thé tich ctia khdi chép S.ABCD la:

a a

A —. B.

3

\/5 % C. \/ga .

Cau 35. Mot nguoi giri ngan hang 100 triéu theo
thé' thac 1ai kép, 1ai suat 0,5% mot thang (ké tir
thang thit 2, tién 1ai duoc tinh theo phéan tram cta

D. 334°.

tong tién c6 duoc thang trude do6 va tién 1ai cua
thang trudc do6). Sau it nhat bao nhiéu thang,
nguoi d6 c6 nhiéu hon 125 triéu?

A. 45 thang B. 46 thang

C. 44 thang D. 47 thang
Cau 36. Tap hop cac gia tri cia m d€ do thi ctua

, 2x—1
ham s6 y= c6 dun
Y (mx2 —2x+1)(4x2 +4m+1) 8

duong tiém can la:

A. (—oo;—l)u{O}u(l;+oo) B. {0}.

C. o D. (—o0;=1)U(L;+).

Cau 37. Cho cac s6 duong a,b,c,d. Biéu thuc
S=1n5+1n9+1n£+lné bang:
b c d a
A.1 B.0

D. In E+9+£+E
b ¢ d e

C. ln(abcd).

Cau 38. SO nghiém thuc phan biét cia phuong

1 x 1

trinh 22+E 124 =4 A
A.1 B.2 C.3 D.0
Cau 39. Trén khoang (O;+oo), ham s§ y=Inx la

mot nguyén ham ctia ham so:

B. y= 1
x

D. y=xInx-x+C,CeR.

A. y=1+C,CeR.
x

C. y=xInx—=x.
Cau 40. Tap nghiém cua bat phuong trinh
In[(x-1)(x=2)(x-3)+1]>0 la:

A. (L,2)u(3+0).  B. (1,2)(3;+)

C. (—w;l)m(2;3) D. (—oo;l)u(Z;S)

Cau 41. Cho hinh chép S.ABCD c6 day la hinh
thang vudng tai A va D,AB=2a,AD=DC =a,
canh bén SA vudng gdc voi ddy va SA =2a. Goi
M, N 1a trung diém cua SA va SB. Thé tich cta
khoi chép SCDMN la:

3 3 3
AL B. L. C. 2. D. L.
2 3 6
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Cau 42. Trong khong gian vdi hé toa d6 Oxyz, cho
cac diém A(l; —1;1), B(O; 1 —2) va diém M thay
ddi trén mat phang toa do (Oxy). Gia trj 16n nhat
ctia biéu thirc T =|MA - MB| la:

A6,  B.12. 14 DS

Cau 43. Gid tri 16n nhat cua ham so

y=sin’ x —sin’ x la:

A.0 B.2 C.3 D.-1
Cau 44. Tap nghiém cua phuong trinh
log, (x2 - 1) =log, 2x la:

A. {1+2\/§} B. {2,4).
C. {1—\/5;1+\/§} D. {1+2}

Cau 45. Ngay 1/7/2016, dan s6 Viét Nam khoang
91,7 triéu nguoi. Néu ti 1é ting dan s6 Viét Nam
hang nam 1a 12% va ti 1é 6n dinh 10 nam lién ti€p
thi ngay 1/7/2026 dan sd Viét Nam khoang bao
nhiéu triéu nguoi?
A.104,3 trifu nguoi  B. 103,3 triéu nguoi

C. 1053 trieungwoi  D. 106,3 triéu ngueoi

Cau 46. Cho ae{O;gj. Bidu  thtc

.4 4 s 2 2 N
251.1’1 (XZCOS oc4sm acos (Xbang:
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A. 2sneee B2 C. gsinereosa D. 4
Cau 47. Cho ham s0 c6 d6 thi & hinh bén. Phat biéu
nao sau day la dung?

A. Ham s6 nghich bién trén (—2;0)

B. Ham s0 dat gia tri nho nhat bmeg -1

C. Ham s6 dong bién trén (—oo; —2) U(O,'—HJO)

D. Ham s0 dat gia tri 16n nhat tai x=-2.

Cau 48. Tam giadc ABC vudng tai B co
AB=3a,BC =a. Khi quay hinh tam gidc d6 xung
quanh duong thang AB mot géc 360° ta duoc
mot khoi tron xoay. Thé tich ctua khéi tron xoay
do la:

na’ na’

B. 3na’ C. —. D. —
3 2

Cau 49. Diéu kién can va da cua m d€ ham so

A. ma®

y= nx +15 dong bién trén timng khoang xac dinh 1a
X+
A.m>-5. B.m=>-5. C. m=5. D.m>5

Cau 50: Trong khong gian véi hé toa do Oxyz, cac

diém A(1,2;3),B(3;3;4),C(1;1,2)

A. thang hang va A nam giita B va C
B. thang hang va C nam gitta A va B
C. thang hang va B nam giita C va A

D. la ba dinh ctia mét tam giac
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Ghi nhé: Xem bang
trang 38 SGK co ban.

DPAP AN VA LOI GIAI CHI TIET
1A 2C 3D 4A 5D 6A 7B 8D 9C | 10C
11C | 12C | 13C | 14B | 15B | 16B | 17D | 18D | 19C | 20D
21A | 22A | 23 | 24C | 25A | 26C | 27C | 28A | 29D | 30D
31B | 32B | 33C | 34A | 35A | 36B | 37B | 38D | 39B | 40A
41B | 42A | 43B | 44D | 45B | 46B | 47A | 48A | 49D | 50A

Cau 1: Pap an A.

Diéu kién: x =0

274 _1<0
Inx*>>0

(2*2*4 —1).lnx2 <0 &

24 _1>0
Inx* <0
) ) 2<x<?2
24 _1<0 24 <20 X2 —4<0 2<x<-1
TH1: = <9, S<dlx>1 = .
Inx*>0 Inx? >1In1 x*>1 e 1<x<?2

TH2: {TC To1>0 {xz 40 oai),
Inx* <0 <1

Cau 2: Pap an C.

Phdn tich: D6 thi ham s6 da cho la d6 thi ham phan thiic bac nhat trén bac nhat

nén sé cd hai tiém cén, ta da xac dinh dugc tiém can ding la x =—1, ma duong

tiém can dung khong di qua diém A(—2; 7) . Do d6 ta di xét luon dén tiém can

ngang la y=2m+1. D& duong TCN cua d6 thi ham s6 di qua A(-2;7) thi

2m+1=7<m=3.

Cau 3: Pap an D

Phdn tich: Day la bai toan quen thudc cua cac bai toan lién quan dén cuc tri.

Nhén thay, vdi m =0 thi ham s6 da cho tro thanh y = x> +1 la ham s8 bac hai

c6 do thi la parabol c6 duy nhat mot diém cuc tiéu. Nén m =0 thoa man. Véi

m =0 thi day 1a ham s6 bac bon trung phwong, ta di tim diéu kién dé do thi

ham s6 ¢6 duy nhat mot diém cuec tiéu.

Loi giai:

V6i m=0 thoa man yéu cau dé bai.

V6i m=0, d€ d6 thi ham s6 da cho c6 duy nhdt mot diém cuc tiéu thi

Truong hop 1: D6 thi ham s6 c¢6 duy nhat moét diém cuec tri va d6 la diém cuc

tiéu khi:

Hé s6 a cia ham s6 da cho duong va phuong trinh y'=0 ¢é duy nhat mot

nghiém.

a=m>0
= <Sm>0.
{(m+1)m>0

Truong hop 2: D6 thi ham s6 ¢d 3 diém cuc tri, trong d6 c6 1 diém cuec tiéu va
hai diém cuc dai.

Khi d6 Hé s6aam va € y'=0 c6 ba nghiém phan biét:
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a=m<0 1
(m+1)m<0©m>_

Két hop cac treong hop ta cd m>-1
Cau 4: Dap an A.

Ta nhan thay: Ghi nhé:

Véi A: Ta céd Isin(ax+b)dx = —l.cos(ax+b)+C ) ISin(aX+b)dX
a
=—1.Cos(ax+b)+C
a

Ap dung cong thtic trén ta c6 J.sin 2xdx = ;COS 2x+C. Vay A dung.

Cau 5: Dap an D.
Diéu kién: x>0

log(x2+25)>log(10x) & x*+25>10x < x° -10x+25>0 <:>(x—5)2 >0 Ghi nhé:
A’ (x)>0< A(x)#0

<x#5
Két hop diéu kién thi ta duoc x € (0;5)u(5;+oo) .
Cau 6: Dap an A

Sau khi giai nhé két hop
diéu kién.

Ta chon A ludn vi day la dang do6 thi ham s0 bac ba khong ¢ diém cuc tri, ma 6

day c6 duy nhat phuong an A thoa man. S
Cau 7: Dap an B.

Nhén thdy ham s6 y = x% xac dinh trén R

Cau8: PapanD

Ta c6 hinh vé mit cit cia mit phéng chtta tryuc ctia hinh nén va vudng goc véi

mat day. O day SH la truc ctia hinh non, SA, SB 1a cac dwong sinh, Khi d6 goc H

gitra truc va duong sinh la HSB =60°.
Tam gidc SHB vudng tai H nén HB = tan HSBtan HSB =3.tan 60° =3+/3 .
Mit khac HB chinh la ban kinh ctia hinh tron day khéi nén, do d6 thé tich khéi

T S
nén la: V—E.B.h—3.3.(3\/§) n=27n

Cau9: Dap an C
Ta c6 hinh vé ctia tir dién

Nhan xét hai mat phang (ABC ) va (BCD) vuong goc voi nhau c6 BC 1a giao

tuyén.

Goi H la trung diém cua BC suy ra AH L BC( do tam giac ABC la tam giéc
déu).

Suy ra AH 1 (BCD), hay AH la dudng cao cua tit dién ABCD. Mit khac

2 3
AHz#.Dovéy v, PYTERLACC B’

_1g
BCD 3 *“BCD 3 4 2 8 /\
Cau 10: Bap an C =

Thé tich khoi bat dién da cho 1a

V= 2VA'B'C'BC

=24V, 50 =8V e ABC

= 8.1SG.S
3
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Ta c6: (SA;( ABC))=SAG =60". Xét ASGA vuéng tai G:

tanSAG = i—(é <= S5G=AG.tanSAG =a.

1 . 3 _ 232

1
Viy V =8.-SGS.  —8.—a.
2 37 ame =S gy 3

Cau 11: Pap an C.
5

Ta cé J‘(x2 +1)2 dx:j(x“ +2x? +1)dx=x—+zx3 +x+C;CeR.
5 3

Cau 12: Dap an C.

Ta thay do6 thi ham sd nhan truc Oy
Mit khac lim y =—o va lim y =+o0. Do d6 day la do6 thi ctia ham s6 logarit cd

x—0" X—>+0

co s0 a>1 nén ta chon C.

Cau 13: Dap an C.

Ta thdy -8+4a—-2b+c=y(-2)>0 va 8+4a+2b+c=y(2)<0.

Tacod y'=3x" +2ax+b=0 c6 A'=a* -3b
8—-4a+2b-c<0

M3t khac hé bat phuong trinh <1 S S b<db<-16b<—4
8+4a+2b+c<0

Do b<—4 nén A'>0, tir day suy ra phuong trinh ludn c6 hai nghiém phan biét
x,;X, . Mat khac x x, = g < —% nén phuong trinh da cho c6 hai nghiém trai

ddu. Bat x; <0<x, khi dé (xl;y(x1 )) la diém cuc dai, va (xz;y(x2 )) 1a diém
cuc tiéu.

Mait khéc ta cé y(—Z) >0, do ham s& dat cuc dai tai x,, ma -2 1a diém lan can x,

nén y(x,)2y(-2)>0.
Twong t thi ta suy ra duoc y(xz)Sy(2)<O. Suy ra y(xl).y(x2)<0 , suy ra

hai diém cuc tri ctia @6 thi ham s6 ndm vé hai phia truc Ox, tit day suy ra d6 thi
ham s6 da cho luén cit truc Ox tai 3 diém phan biét.

Trén day la cach tw duy suy ludn, khong phadi la mot 61 gidi chi tiét mot bai todn nén
cich trinh bay khong dwgc diing chudn muec todn hoc.

Cau 14: Dap an B

Ta thdy day la dang bai toan tim nguyén ham ma t6i da gidi thiéu ¢ cau 22 dé
s0 2 sach bo dé tinh tuy Toan 2017.

Loi giai:
Tacé: N(t)=] ZO—OS dt =7000.In|t + 2|+ C . Do ban dau dém vi tring c6 300 000
—+

nén C=300000, dén day thay =10 ta dugc

N(10)=7000.In12 + 300000 ~ 317394.3465

Cau 15: Dap an B.

Ta c6 hinh vé:

Cau nay giong cau 39 dé THTT lan 5 ma t6i da public.

Nhin vao hinh vé ta thdy néu di tinh tryc ti€p thé tich khdi t dién ACD’B’ la

kha 1au, do do6 ta sé di tim mot cach gian ti€p nhu sau:
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Loi giai:
Taco VACD’B' = VABCDAA‘B'C'D' - VD'ADC - VB‘ACB - VCB'C'D' - VAA'B'D' :
s N 11 1,
Mit khactanhanthay V. =V, .=V =Vipp = g.a.E.S ABCD = ga
1 a
Dovay V, ..=a"—4.—a>=—.
Y Vacos 6 3

Cau 16: Dap an B.

Ta thady mét cau di qua cac dinh cua hinh 1ap phuong c6 duong kinh la duong
chéo ctia hinh lap phwong. Ma hinh ldp phwong c6 canh 1a 1, do d6 ap dung
cong thirc vé duong chéo khoi hop t6i da dua ra ¢ cac dé trudce thi ta co

B

d=2R=+1* +1> + 12 =\/§:>R=7.Khic’[é dién tich mét cau la:

2
S =4nR? =4n.[§] =3r.

Cau 17: Dap an D.

Nhin vao BBT ta thay lim y=1va lim y=-1 nén d06 thi ham s6 c6 hai TCN la
x=1Lx=-1

Cau 18: Dap an D.

Ki hiéu nhw hinh vé.

Ta c6 tam gidc A’AB vuédng tai A’nén A'B=vAB* - A'A? =a\2 .

Tam gidc A’‘O'Bcd A'O”+0O'B* =a* +a’° =2a° = A'B* = tam giac A’'O’B
vuong can tai O". Tk ddsuyra O'BLA'O'.

Tacé O'BLA'O;0'BLO'O nén O'BL(AOO'A") hay O'BL(AOO') . Nén
tir day ta c6 O’B 1a duong cao cua khéi ti dién ABOO’. Vay

3
%.O'B.S l..a.l.a.a:u—.

A00" 3770 6

v

ABOO' ~
Cau 19: Bap an C

Tacd y'=—x>+2mx—-1.

Nhan thdy ham s6 da cho 1a ham s6 bac ba cé hé s6 a= —% <0 nén dé ham s6
da cho nghich bién trén R thi phuong trinh y'=0 v6 nghiém hodc c6 nghiém
kép, hay A'=m’ -1<0<-1<m<1

Cau 20: Pap an D.

Bai toan tuong tu da xudt hién trong cau 21 dé s6 12 sach by dé tinh tay 6n thi
THPT QG 2017.

Tt dix kién d@é bai suy ra s6 thoc & 6 thir 7 sé 1a 2" hat. Vay téng s6 thoc tir 6 1
dénd thirnla 142427 +2 4,427 =2 212 -1 véi 1<n<64neN

Dé sd hat thoc 16n hon 1 triéu thi 2" —1>1000000 < 2" >1000001
n>log,1000001~19,93157 . Vay n=20.

Cau 21: Dap an A.

Voi phwong dn A: ta thay
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Nhé: Khi viéc tinh thé tich
ctia khéi dé bai yéu cau
qua khoé @€ thiét 1ap cong
thitc, ta nén chuyén huéng
sang cach lam gian tiép

Nhé: Cong thizc tinh
duwong chéo hinh hop chit
nhat c6 kich thwéc la a, b,

clal=+a’> +b* +c?

Nhg: Cong thirc sit dung
bén canh la cong thikc
tinh tong cdp s6 nhan.
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Nhé: Ap dung cach xét
d4u tam thitc bac hai,
trong trai ngoai cing, &
day hésd 1>0,do do
trong khoang 2 nghiém
thi y'<0

Néu 0<a<1 thi x, >x,

Néu a>1 thi x, <x, . Tte day suy ra (a —1)(x1 —x2)<0 . Ta chon A, va khong
can xét cac phuong an con lai.

Cau 22: Dap an A.

Tacod y'=x" —2(m+1)x+m’ +2m
Dé ham s8 yz%—(m+1)x2 +(m® +2m)x+1 nghich bién trén (2;3) thi y'<0

voimoi x e (2; 3) . Ttec 1a khoang (2; 3) nam trong khoang hai nghiém phuong
trinh y'=0.

. (
{isgds;cz@ (x,-2)
(% -3)

m* +2m—-22.(m+1)+4<0  [m?-2m<0 0<m<2
= = =
m* +2m—32.(m+1)+9<0  |m’ —4m+3<0
Cau 24: Pap an C
Do diém M ndm trén doan AB nén AM =2MB. Tix day suy ra

2x, +Xx,

xM—xA=2(xB—xM)<:>xM= =§.Chonlu6nC.

Cau 25: Dap an A.

Ta thay

C'CII(ABB'A")=d(CC'; AB')=d(CC";(ABB'A"))=d(C';(ABB'A"))=a

Mit khactacod C'A' LBB;C'A'LA'B'=C'A' L(ABB'A') =C'A'=a.Khi
d6 B'C'=a\2 (do tam giac A’B’C’ vudng can tai A”). Ma BCC'B' la hinh
vuong nén chiéu cao hinh lang trula BB'=B 'C'l=a2. Vay

3
174 1 ’a 2=a\/5.

ABC.A'B'C’ =§.a . 2

Cau 26: Dap an C.

1
Taco f'(x)=0< g 3 tuy nhién ta thdy f'(x) khong doi dau khi qua x=1,
X

do d6 x=1 khong phai la diém cuc tri cia ham s6. Vay ham sd c6 dang mot
diém cuctrila x=3.

Cau 27: Dap an C.

Ta c6 hinh vé:

Cong thiec tinh dién tich xung quanh ctia hinh nén 1a S=nRI. O day t con thidu
R do d6 ta sé di tim R dwa vao cac dix kién da biét.

Loi giai:

Ap dung dinh ly ham cos cho tam giac SAB ta dugc

AB*> =SA* + SB*> —2.SA.SB.cos ASB=> AB= \/22 +2%-2.2.2.cos60° =2

Ma AB=2R=R=1.Vay S=nRI=n12=2n.

Cau 28: Dap an A.
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Xét phuong trinh 4 —52" +4=0.Néu djt 2* =a(a>0)thi phuong trinh da

a=4

cho tré thanh 4* -54+4=0< =
a=

Nhén xét voi a=4 thi ¥* =2 < x=2;x=—/2
Véi a=1 thi x> =0<>x=0 . Vay phuong trinh da cho ¢6 3 nghiém thuc phan
biét.
Cau 29: Bap an D.
Ta c6 dién tich xung quanh cta hinh tru dwoc tinh bang cong thirc
S=2nRh=2n22=8n
Cau 30: Bap an D.
O phan giai chi tiét dé THTT 05 t6i da nhic dén viéc nhé cong thirc dao ham 1a
(tanx)'=1+tan’ x
Vay ¢ day J.tan2 xdx:j(tan2 x +1—1)dx:tanx—x+C.
Cau 31: Pap an B
Diéu kién xac dinh: —x* +2x>0<=0<x<2
Xétham s6 y =log, (—x2 + Zx) o6 tap xac dinh D =(0;2)
. —2x+2
(—x2 + Zx).ln 0,5

In0,5<0

2

dodd y'>0=2x+2<0<=x>1.
X" +2x>0

Nhan thay {

Vay ham s6 da cho dong bién trén (1; 2) .
Cau 32: Dap an B
Tam giac ABC vuéng tai Bnén BC =\ AC? — AB> =+/4a*> —a* =a /3

3
Thé tich khéi chép S.ABC 1a V = %.%.AB.BC.SA = %.a.a\/g.Za =2 ;/5 .

Cau 33: Pap an C

Nhén xét nhin vao BBT ta thdy day la bang bién thién ctia ham sd bac ba c6 hé
s0 a>0.

Ham s6 ¢6 hai diém cuctrila x=-2; x=0.Do d6 x=-2;x=0 la nghiém cua

phuong trinh y'=0.

Thc y' =0 x(x+2)=0<x" +2x=0<3x" +6x=0. Dén day ta loai duoc B

vaD.

V6i x=0 thi y=-1 do d6 chon C.

Cau 34: Dap an A.

Nhén xét: Ta thdy do SA la duong cao cta hinh chép SABCD do d6 hinh chiéu
ctia SB1én (ABCD) 1a AB. Tir day suy ra (SB, (ABCD)) =SBA=60°.

Tam gidc SBA vudng tai A = SA = AB.tan SBA = a.tan 60° = a+/3 .

1 1

Vay thé tich ctia kh6i chép S.ABCDIa V =2 SAS .0, =~ a3 = 2

3
5
Cau 35: Dap an A.
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Sau thang thi hai s6 tién nguoi do c6 trong ngan hang la:
A.(1+0,5%)+ A.(1+0,5%).0,5% = A.(1+0,5%)’
Sau thang thit ba, s tién nguoi d6 co trong ngan hang la

A.(1+0,5%)

Sau thang thit 7 s tién 1ai nhan duoc la:
A.(1+0,5%)" =100.(1+0,5%)" =125=n=log,,, 5, 1,25 =44,74
Do vay sau it nhat 45 thang nguoi d6 sé ¢6 nhiéu hon 125 triéu.
Cau 36: Dap an B
Ta co:
2x-1 -
(—2x+ 1)(4x2 + 1) C4x’ +1

V6i m=0 thi ham s6 da cho c6 dang y = , trong TH

-1
N I -1 . x> . -1 a e 1s ~
nay ham s6 cé lim > =lim =0; lim 5 =0 . Vay d6 thi ham s6
oo 4yt 4+ 1 x—>*’04+i x>0 4yt 4]
x2

c6 mot tiém can ngang y=0. ( thoa man). Dén day ta loai duwoc C va D.
Vo6i m=0 thi xét phurong trinh
mx* —2x+1=0

(mx2—2x+1)(4x2+4mx+1)=0(*)<:{42 A o
x* +4mx+1=

Dé d6 thi ham sd da cho c6 duy nhat mot tiém can thi phuong trinh (*) vO
nghiém ( do d6 thi ham s6 ludn c6 mot tiém can y=0).
1-m<0 m>1
& ) & >med.
(2m) -4<0  [-l<m<1
Két luan: Chi c6 m=0 thoéa man.
Cau 37: Dap an B.
Do g, b, ¢, d 1a cac s6 dwong nén cac biéu thike S xac dinh.

Ap dung cong thiic: Inx +Iny =Inxy ta duoc:

Cau 38: Dap an D
Diéu kién x#0
v xd
Tacd 2 #+2% *=4 (1)
Véi x<0 thiVT<4,dodd x>0
Ta c6 ap dung Bdt Cauchy thi

1 1 el
X+—22,x.—=1=2 #*>2 =2 .
4x 4x

x 1 x 1 21 1
—+ =22, = —=2=24x>2" =2
X 4 x
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1
o x1 2 _—

Tir day suy ra yMETNS, ) (Dau bang xay ra khi vaf chir khi Ty (vO
x* =2

1y))-
Vay phuong trinh da cho VN.
Cau 39: Dap an B.
Ta co (lnx)' :l , do d6 ta chon B.
x
Chii j: Nhiéu ban nham 1an gifta A va B, tuy nhién ¢ day ta di tim biéu thikc
dao ham ctiaham s6 y =Inx chit khong phai tim nguyén ham nén khéng c6 C.
Cau 40: Dap an A.
Ta c6 diéu kién: (x—l)(x—z)(x—3)+1>0<:>x3 —6x* +11x-5>0
Khi dé
In[(x-1)(x-2)(x=3)+1]>0 (x-1)(x—2)(x-3)+1>1

o(x-1)(x-2)(x-3)>0= ii? ? (Thoa man digu kign).

Cau 41: Pap an B
Do ¢ day la hinh chép ti¢ gidc khong phai la tit dién nén khong ap dung duoc
cong thire ti 1€ thé tich. Tuy nhién, néu chia day khoi chop thanh 2 phan thi ta

o thé ap dung dé dang.

. 1 1 3
Tacod S, =E(AB+CD).AD:E.(2a+a).a=§az
Visasep = L E a2a=a’.

2

, 1 1 2 1

Taco S, = 5 .AD.AB= 5 2aa=a"= 3 Sasco = Sapc = 3 S apcp
2

. VSABC = g VSABCD

Tt day suy ra 3 (*)
V. V.

SADC — 5 SABCD

Ap dung cong thirc ti 18 thé tich ta c6

1% SM SN SC 1 1 12 1
V. A sBsC 4 Vame =g Vome =53 Vowen =g Vouneo
Vouen _SM SC SD _1_ 1 11 1
1 a 4

T daytacod V. V =

SMNCD — ~ VSABCD — o
3 3

Cau 42: Dap an A.

Nhan 6t 4,5 nim v@ ha phia so 61 mat phing (Oxy). goi Bl diém di AN
‘ 3 M I

xting ctia B qua mit phang (Oxy) . Khi d6 B'(O; 1;2) va

MA - MB| = |MA - MB '| . Goi I 1a giao diém ctia AB’ v6i mat phang (Oxy) .
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Ap dung bat déng thitc trong tam giac MAB' ta c6 |MA - MB'| <AB' .Dau
bang xay ra khi M =1.Khi d6

MA—MB|=|MA—MB'|=AB'=\/(1—0)2 +(-1-1) +(1-2) =+6.
Cau 43: Dap an B.
bat sinx =%; te[—l;l].Xét ham s6 y=f(t)=t4 —#° trén [—1;1].

t=
Khido y'=f'(t)=4t" -3t =0 <

4
Ta c6 %ﬁﬁcy={f(—1)?f(1)?f(0);f(ﬂ

Cau 44: Dap an D.
Diéu kién: x>1.
x=1++2(TM)
BPT ©x’ -1=2xox*-2x-1=0&
x=1-+2 (l )
Cau 45: Dap an B
Tt ngay 1/7/2016 dén ngay 1/7/2026 thi dwgc 10 ndm, khi d6 s6 dan cua Viét
Namla: N=91,7.(1+1,2%)" =103,317
Cau 46: Dap an B.
sin? o+cos? a)2

zsin4 01‘2:054 a.4sin2 a.cos?a — Zsin4 a+cos® o+2.sin? a.cos? a — 2(

Ta co =2l_»2
Cau 47: Dap an A.
Nhan thdy A dung, do trén khoang (—2; O) thi d6 thi ham s6 di xudng, do do6
ham s& nghich bién trén (-2;0).
B va D sai vi day la ham s& dat cyec tri tai cdc diém d6 chit khong phai dat
GTLN, GTNN.
C sai vi ham s6 khong dong bién trén mot tap sd, dién dat lai nhuu sau: “Ham
s0 dong bién trén (—oo; —2) va (O;+oo) J
Cau 48: Dap an A.
Khi quay hinh tam giac ABC xung quanh duong thang AB ta dwoc mot khdi
non tron xoay c6 dinh A, duong cao AB, ban kinh day R = BC. Vay thé tich
Khéinénla V =1 mBC%AB = 1.n.a2.(3a) = ma’
3 3
Cau 49: Dap an D.
Tacé y'=-—"">_ d&ham s8 d& cho ludn dong biéh trén ting khoang xéc dinh
(x + 1)
thi m-5>0<m>5.
Cau 50: Dap an A.
Tac6 AB= (2;1;1);TC = (—2;—1;—1), tir day ta thay AB=-AC, suyra Ala

trung diém ctia BC.
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PESO9
BO GIAO DUC VA PAO TAO

Cau 1. Puong thang nao dwdi day la tiém can

dtng cua d6 thiham s6 y = 2x+1?
x+1
A. x=1. B.y=-1. C.y=2 D.x=-1

Céu 2. D0 thi cia ham s8 y = x* —2x* +2 va do thi
ctia ham s8 y=-x"+4 co tat ca bao nhiéu diém
chung?

A. 0. B. 4. C.1. D. 2.
Cau 3. Chohams8 y = f(x) xac dinh, lién tuc trén
doan [—2;2] va c6 d6 thi la duong cong trong
hinh vé bén. Ham s6 f (x) dat cuc dai tai diém

nao duoi day?

)\y ,

A.x=-2. B.x=-1. C.x=1. D.x=2.

Céau 4. Cho ham s8 y=x"-2x* +x+1. Ménh dé
nao dudi day dung ?

A. Ham s6 nghich bién trén khoang [% ;1).
B. Ham s6 nghich bién trén khoang (—oo ,%j
C. Ham s6 dong bién trén khoang [% ;1).

D. Ham s6 nghich bién trén khoang (1; +oo)
Cau 5: Chohamsd y = f(x) xac dinh trén R\ {O},

lién tuc trén moi khoang xac dinh va c6 bang bién
thién nhu sau:
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Mon: Toan
Thoi gian 1am bai: 90 phut

0 1

y - + 0

N

Tim tap hop tat ca cac gia tri cia tham sd thiee m

sao cho phuong trinh f (x) =m cd ba nghiém thuc
phan biét.
A.[-1;2]. B.(-1;2). C.(-1,2]. D.(—=;2].

x*+3

Cau 6. Cho ham s y = T Ménh dé nao dudi
X+
day dung ?

A. Cuc tiéu ctia ham s8 bang 3.

B. Cuc ti€u ctia ham s6 bang 1.

C. Cuc ti€u ctia ham s§ bang —6.

D. Cuc tiéu ctia ham s8 bang 2.
Cau 7. Mot vat chuyén dong theo quy luat
s=—%t3 +9¢t?, voi t (gidy) la khoang thoi gian
tinh tir ltic vat bat dau chuyén dong va s (mét) 1a
quang dwong vat di duoc trong khoang thoi gian
dé. Hoi trong khoang thoi gian 10 giay, két tir lac
bit dau chuyén dong, van toc 1on nhat cua vat dat
dwoc bao nhiéu?

A. 216 (m/s). B. 30(m/s).
C. 400 (m/s). D. 54 (m/s).
Cau 8. Tim tat ca cac tiém can duing cua d6 thi ham
n 2x—1—+/x*+x+3
sO y= >
x°—5x+6
A. x=-3vax=-2. B.x=-3
C.x=3vax=2 D. x=3.

Cau 9. Tim tap hop tat ca cac gia tri caa tham sd
thwem d€hamsé y = ln(x2 + 1) —mx +1 ddong bién
trén khoang (—oo; +oo).

A. (—oo;—l]. B. (—oo;—l). C. [—1; 1]. D. [1; +oo).
Cau 10. Biét M(O;Z), N(Z; —2) 14 cac diém cuec tri
ctia d6 thi ham s8 y = ax® + bx® + cx +d. Tinh gia tri
ctia ham sO tai x =—1.

A. y(-2)=2.

C.y(-2)=6.

B.y(-2)=22.
D. y(-2)=-18.
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Céau 11. Cho ham s6 y = ax® + bx* + cx +d c6 d6 thi
nhu hinh vé bén. Ménh dé nao dwéi day dung ?

A

y

A. a<0,b>0,c>0,d<0. B. a<0,b<0,c¢>0,d<0.
C.a>0,b<0,c<0,d>0. D. a<0,b>0,c<0,d<0.
Cau 12. Véi céc so thue duong a,b bat ki. Ménh

dé nao dudi day dung ?

A.In(ab)=Ina+Inb.  B. In(ab)=Ina.Inb.

C.m?-1n2 D. In% =Inb-Ina.
b Inb b
Cau 13. Tim nghiém ctia phuwong trinh 3" =27, .
A.x=9. B.x=3. C. x=4. D. x=10.

Cau 14. SO luwong cta loai vi khudn A trong mot
phong thi nghiém duwoc tinh theo cong thuc
s(t)=s(0).2", trong d¢ s(0) la s& luong vi khuén
A lacban dau, s(t) la s6 luong vi khuan A cé sau t
phut. Biét sau 3 phat thi s6 lwgng vi khuan A la
625 nghin con. Hoi sau bao 1au, ké tit lic ban dau,
s0 luwong vi khuan A 1a 10 triéu con ?

A. 48 phut. B. 19 phut.

C. 7 phut. D. 12 phut.

Cau 15. Cho biéu thiic P =1 x.\3/x2\/x_3 , voix e 0.
Ménh dé nao dudi day dung ?
1 13 1 2
A. P=x?. B. P=x*. C.P=x* D.P=x3
Cau 16. Vi cac so thuc duong a,b bat ki. Ménh
dé nao dudi day dung ?
3

A. log, (%j =1+3log,a—log, b.

3

B. log, (%j =1+ %log2 a—log,b.

3

C. log, [%J =1+3log, a+log, b.

3

D. log, (%j =1+ %log2 a+log,b.

Cau 17. Tim tap nghiém S cta bat phuong trinh
log, (x+1)<log, (2x-1).

2 2

A. §=(2;+). B. S=(—0,2).
1. —(_1-
C. S‘(E’Zj‘ D. 5=(-1;2).
Cidu 18. Tinh dao ham «cua ham soO
y=ln(1+\/x+1).
1 1
Ay=s=——F—— B.y=—FF%+.
Y TNy e N
S B S

\/x+1(1+\/x+1) \/x+l(1+\/x+1).
Cau 19. Cho ba sd thyc duong a,b,c khac 1. b6
thi cadc ham s0 y=4a", y=b", y=c* dugc cho

trong hinh vé bén. Ménh dé nao dudi day dung ?

A
y
y=b
y=a' y=¢
X
(0)
A.a<b<ec. B. a<c<b.
C.b<c<a. D. c<ax<b.

Cau 20. Tim tap hop tat ca cac gia tri cia tham so
thuc m d€ phuong trinh 6" + (3—x)2" -m=0 co
nghiém thudc khoang (0;1).

A.[34] B.[24] C. (24). D.(34)
CAau 21. Xét cac sO thuc a,b thoaman a >b >1. Tim

gia tri nhdé nhat P cua biéu thitc

P=log’+3log, [E}
: b

A.P_ =19 B.P_ =13.

C.P_ =14 D. P =15
Cau 22. Tim nguyén ham cua ham s6
f (x) = C0S2X.

A. If(x)dx =%sin2x+C.

B. Jf(x)dx = —%sian +C.

C. Jf(x)dx=251n2x+c.
D. jf(x)dxz—ZsianJrC.
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Cau 23. Cho ham sd f (x) c6 dao ham trén doan

[1,2], f(1)=1 va f(2)=2. Tinh Izj'f'(x)dx

A.I=1. B.I=-1. C. I=3. D.Izg.
Cau 24. Biét F (x) la mot nguyén ham cua ham so
1 . ,
f(x):m va F(2)=1. Tinh F(3).

B. F(3)=In2+1.
1 7
> D. F(3)—Z.
4 2
Cau 25. Cho [ f(x)x=16. Tinh 1= [ f(2x)dx.
0 0

A.I=32. B.I=8. C.I=16. D.I=4

Cau 25: Cho i f(x)dx=16. Tinh I = i £(2x)dx.
0 0

A. =32 B.I1=8

A o b odx
Cau 26: Biét I >
3 X" +Xx

C.I=16 D.I=4

=aln2+bIn3+clnb, vdi g,

b, ¢ la cac s6 nguyén. Tinh S=a+b+c

A.5=6 B.S=2 C.S==2 D.S=0
Cau 27: Cho hinh thang cong (H ) gidi han boi cac
duong y=e', y=0,x=0va x=In4 Duong
thing x=k(0<k<In4)chia (H)thanh hai phan

cd dién tich la S, va S, nhu hinh vé bén.

A
y y
S2 N
O | k| lina™
Timk d& S, =28, .
2
A. k:51n4 B. k=In2
8

C.k=ln§ D. k=In3

Cau 28: Ong An c6 mdt manh vieon hinh elip c6
do6 dai truc 16n béng 16m va do dai truc bé béng
10 m. Ong muon trong hoa trén mot dai dat rong
8m va nhan truc bé cua elip lam truc d6i xting
(nhu hinh vé). Biét kinh phi d€ trong hoa la
100.000 dong/1m?*. Hoi dng An can bao nhiéu
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tién dé trong hoa trén dai dat do ? (S6 tién duoc
lam tron dén hang nghin.)

8m

A.7.862.000 dong. B.7.653.000 dong.
C.7.128.000 dong. D. 7.826.000 dong.
Céau 29: biém M trong hinh vé bén la diém biéu
dién ctia s6 phtic z. Tim phan thuc va phan ao cta
s0 phtc z.

0 x

-4

A. Phan thucla —4 vaphan ao la 3.

B. Phan thuc la 3 va phan 4o la 4i

C. Phan thuc la 3 va phan ao la —4

D. Phian thyc1a —4 va phin o 1a 3i
Cau 30: Tim s8 phutc lién hop ctia sd phuc
z=1(3i+1).

A. z=3-i B. z=-3+i
C.z2=3+i D. z=-3—i

Céau 31: Tinh médun cta sd phic z thoa man
z(2-1)+13i =1.

A. =434 B. |7 =34
5¢34 J34
C. |Z|=T D. |Z|=T

Cau 32: Ki hiéu z, la nghiém phtic c6 phan ao
duwong cua phuong trinh 4z°> —16z+17=0. Trén
mat phang toa d9, diém nao dudi day la diém biéu
dién ctia s6 phirc w =iz, ?

A. M, (%;2) B. Mz(—%;zj

C. M%—i;l} D. M{i;l)

Cau 33: Cho s0 phtc z =a+bi(a,b IS R) théa man
1+i)z+2z=3+2i. Tinh P=a+b.
A.le B. P=1 C. P=-1 D.Pz—l
2 2
Cau 34: Xét s60 phtc z thoa man

(1+2i)z= @—2 +i. Ménh dé nao duéi day dung?
z
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A 2<lf<2 B.|2|>2
2

3

2

Cau 35: Cho hinh chép S.ABC c6 day la tam giac
déu canh 24 va thé tich bang a°. Tinh chiéu cao &
cta hinh choép da cho

A. h:% B. h:@ C. h:@ D. h=+/3a
Cau 36: Hinh da dién nao dudi day khong c6 tam

doéi xting ?

O D

A. T dién déu.
B. Bat dién déu.
C. Hinh lap phuong.

C.|d<= D. 2<l4|<
2 2

D. Lang tru luc giac déu.
Cau 37: Cho tt dién ABCD ¢6 thé tich bang 12 va
G la trong tam cua tam gidc BCD. Tinh thé tich V
cua khéi chép A.GBC

A.V=3 B.V=4 C. V=6 D.V=5
Cau 38: Cho hinh ldng tru tam gidc ABC.A’B’C’
co day ABCla tam giac vudng can tai A, canh
AC=242.Biét AC’ tao v6i mit phing (ABC)
mot goc 60° va AC’=4.Tinh thé tich V cta khéi
da dién ABCB’C".

Av=28 pylo c.wﬁ D.
3 3 3
V:163J§

Cau 39: Cho khdinén (N) 6 ban kinh déy bang 3
va dién tich xung quanh bang 15z. Tinh thé tich
V ctia khoi nén (N )

A V=127 B. V=20x
C. V=36r D. V=60~
Cau 40: Cho hinh lang tru tam gidc déu

ABC.A’B’C’c6 d6 dai canh day bang a va chiéu
cao béng h. Tinh thé tich V ctia khoi tru ngoai tiép
lang tru da cho.

wa*h wa*h

A V= B.V= 3

C. V=3za’h D. V =zxa’h
Cau 41: Cho hinh hop chit nhat ABCD.A’B’C’'D’
c60 AB=a,AD=2a,AA =2a. Tinh ban kinh R
cua mat cau ngoai ti€p tee dién ABB'C’

A. R=3a B. Rz% C. Rz% D. R=2a
Cau 42: Cho hai hinh vudng cling c6 canh bang 5
duoc xép chong 1én nhau sao cho dinh X ctia mot
hinh vuong la tam cta hinh vudng con lai (nhw
hinh vé bén). Tinh thé tich V ctia vat thé tron xoay
khi quay mo hinh trén xung quanh truc XY

X
Y

125(1+J§)7z 125(5+2J§);z

AV BV=—

125(5+4\/E)7r 125(2+J§);r

cve—y ) py-__—\V )

24
Cau 43: Trong khong gian voi hé toa do Oxyz, cho
hai diém A(3; —2;3) va B(—l; 2;5). Tim toa do
trung diém I ctia doan thang AB.
A. 1(-2;2:1) B. 1(1,0;4)
C. 1(2;0;8) D. I(2;-2;-1)
Cau 44: Trong khong gian voi hé toa do Oxyz, cho
x=1
duong thang diy =2+ 3t(t € R). Vecto nao duwdi
z=5-t
day la vecto chi phwong ctia d?
A. u, =(0;3;-1) B. u, =(1;3;-1)
C. u, =(1,-3;-1) D. u, =(1,2;5)
Cau 45: Trong khong gian vdi hé toa do Oxyz, cho
ba diém A(1;0;0);B(0;-2,;0);C(0;0;3). Phuong
trinh nao dudi day la phuong trinh ctia mit phang
(ABC)?

A.£+l+5:1 B.i+z+5=1
3 21 2 1 3
ciy Y 2 Ay 2
1 2 3 3 1 =2

Cau 46: Trong khong gian vdi hé toa do Oxyz,
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phuong trinh nao dudi day la phuwong trinh cua
mjt cau c6 tam | (1; 2;—1) va ti€p xtc véi mit
phang (P):x—2y—22—8 =07

A (x+1) +(y+2) +(z-1)*=3.

B. (x-1*+(y-2)*+(z+1)* =3.

C.(x=17 +(y-2)*+(z+1)*=9.

D. (x+1) +(y+2)* +(z-1)> =9.
Cau 47: Trong khong gian voi hé toa do Oxyz, cho

; 2 x+1 y z-5

duong thang d:——=-"=
R

(P):3x—3y+2z+6=0. Ménh dé nao dudi day

dung?

va mat phang

A. d cat va khdng vudng goc véi (P)

B. dvuong gbc voi (P)

C. dsong song voi (P)

D. dnam trong(P).
Cau 48: Trong khong gian vdi hé toa do Oxyz, cho
hai diém A(-2;3;1)va B(5;,-6,-2). Duong thing
AB cat mat phang (Oxz) tai diém M. Tinh ti sO
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AM
BM
A 2M_1 B M _j
BM 2 BM
c.AM _1 p. AM _4
BM 3 BM

Cau 49: Trong khong gian voi hé toa do Oxyz, viét
phuong trinh mat phang (P) song song va cach

duong  thang d:x_—Zzzz

déu hai : z
-1 1 1

7

X_y-1_z-2
2’2 -1 4
A. (P):Zx—22+1=0. B. (P):2y—22+1=0.
C. (P):Zx—2y+1=0. D. (P):Zy—Zz—le.
Cau 50: Trong khong gian vdi hé toa dd Oxyz, xét
cic diém A(O;O;l);B(m;O;O);C(O;n;O);D(1;1;1),
véoi m>0;1>0 va m+n=1.Biét rf?mg khi m, n
thay d6i, ton tai mot mét cau ¢6 dinh tiép xtc voi
mit phang (ABC) va di qua d. Tinh ban kinh R

ctia mat cau dé?

A.R=1 B.R=— C.R=— D.R=—
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Ghi nhé: Véi d6 thi

ax+b
thi

ham s§ y =
cx+d

céTCD:x::éTCN:
C
a

y=
C

Ghi nhé: Diém cuc dai
ctia @6 thi ham s8 ndm
gitra khoang dong bién
sang nghich bién.

Ghi nhé: V6i ham s6
bac ba cb hai diém cuc
tri, nfuhé s6 a >0 thi
d6 thi ham s6 ¢ dang
chi* N (hay c6 hai
khoang dbng bién, mot
khoang nghich bién).

Ghi nhé: Vi ham s6
phén thite ¢6 bac tir s6
cao hon bac miy, ta
thuyee hién chia da thitc
dé viéc tinh todn dao
ham dé dang hon.

DAP AN VA LOI GIAI CHI TIET

1D 2D 3B 4A 5B 6D 7D 8D 9A 10D
11A | 12A | 13C | 14C 15B | 16A | 17C | 18A | 19B 20C
21D | 22A | 23A | 24B 25B 26B | 27D | 28B 29C | 30D
31A | 32B | 33C | 34D | 35D | 36A | 37B | 38D | 39A | 40B
41C | 42C | 43B | 44A | 45C | 46C | 47A | 48A | 49B | 50A

Cau 1: Pap an D.
2x+1

Tiém can dung cua d6 thi ham s6 y = la x=-1.

x+1

Cau 2: Pap an D.

D€ tim s6 diém chung cua hai d6 thi ham s6 ta xét phwong trinh hoanh d¢ giao
diém:

x'-2x"+2=-x"+4 <x'—x*-2=0<x" =2 < x=12. Phuong trinh hoanh
do6 giao diém c6 hai nghiém phan biét. Do d6 d6 hai d6 thi ham s6 da cho ¢ tat
ca 2 diém chung.

Cau 3: Dap an B.

Nhin vao d6 thj ham s6 ta thdy ham s d6i chiéu tir dong bién sang nghich bién
tai x=—1. Do d6 ham s& f(x) dat cyec dai tai x=-1.

Cau 4: Dap an A.

Dé tim khoang dong bién, nghich bién ctia ham s8 y=x>—2x* +x+1 ta xét

x=1

3¢ -4x+1=0 < 1 . Ham s8 da cho la ham s6 bac ba c6 phuong trinh
x=—
3

y'=0 cb hai nghiém phan biét, ma hé s6 a=1>0. Do d6 d6 thi ham s& ¢ dang

N (meo). Do vay ham s0 sé dong bién trén (—oo;%j va (1; +oo), ham s6 nghich

biéh trén [1 ;1}.

3
Cau 5: Dap an B.
Nhdn xét: S6 nghiém cua phuong trinh f (x) =m la s0 giao diém cua do6 thi
ham sd y= f(x) (C) va d6 thi ham s6 y=m (d) ( cung phwong véi Ox).
Ta thdy nhin vao BTT thi ham s khong xac dinh tai x=0 va gidi han ciia ham
f(x) khi x tién dén 0 1a ~1. Do vay d€ (C) cét d tai 3 diém phéan biét thi

-l<m<?2.
Cau 6: Dap an D.
2 f— —
Tacs y="F =2+ %3 hide y=14 2
x+1 x+1 x+1)
Giai phuong trinh y'=0<1- 0|,
(x+1)2 x=-3

Ta thdy dau cua y' d6i ddu tir am sang dwong khi qua x =1. Do vay, ham s&
6 cuc tiéu la y(l) =2.
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Cau 7: Dap an D.
Phdn tich: Ta c bi€u thiic van toc la dao ham ctia biéu thic quang duong. Do

d6 tir day ta tim duoc biéu thirc van t8c 1a: v=s'= _73# +18t = f(t).
Bai toan tro thanh tim GTLN cua f(t) trén [0;10].

Loi gidi: Xétham s& y= f(t):_?3t2 +18t trén [0;10] ta c6
y'=f'(t)=-3t+18=0<1=6.

Khi d6 ][\({{%ﬁcf(t):Max{f(o);f(6);f(10)} = f(6)=>54.

Céu 8: Dép 4n D.

x#3

Loi gidi: Diéu kién xac dinh ctia ham s6 1a { 5
X #

2x—1—-+x*+x+3 4x* —4x+1-x*-x-3

Tacd y= =
x* —5x+6 (x2—5x+6)(2x—1+\/x2+x+3)
_ 3x? —5x-2 _ 3x+1
(x—2)(x—3)(2x—1+\/x2+x+3) (x—3)(2x—1+\/x2+x+3)

bén day ta ¢ limy =lim Sah =—00;limy =+
e x_’37(x—3)(2x—1+\/x2+x+3) =3
Vay d6 thi ham sd chi c6 moét tiém can ding la x=3.

Phdn tich sai ldm: Nhiéu doc gia khong thuc hién rat gon nhan tie x -2 dan

dén chon hai tiém can ding la x =2;x =3 la sai.
Cau 9: Dap an A.

Taco y'= —m. D& ham s da cho ludn dong bién trén khoang (—oo;+oo)

x?+1

thi y'>0 véimoi xeR.
2
Dat yzg(x)zz—x; y=m.Tacéd g(x)Zm voi moi x khi va chi khi
x +1
m < Ming(x).Dén day ta di tim Min g(x) trén R.

Xétham s8 y=g(x)= trén R tacé

x?+1
: 2x% +2—4x7 —2(x2—1) x=1=g¢(1)=1
g(x): 2 2 _ N\
(x2+1) (x2+1) x= 1:>g( 1)_ 1

Vay dé thoa man yéu cau dé bai thi m < Ming(x)=-1.
Cau 10: Pap an D.

Ta cd y'=3ax’ +2bx+c

y(0)=2
, Jul)-
Do M, N la cac di€m cuc tri cia ham sG nén |
y'(0)=0
y'(2)=0
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Ghi nhé: Biéu thitc van
tdc 1a dao ham cua biéu
thitc quang duong, biéu
thitc gia t6c 1a dao ham
ctia biéu thitc van tdc

( hay dao ham bac hai
cuia biéu thitc quang
duong).

Ghi nhé: Vi cac bai
toan tim tiém can ctia cac
d6 thi ham s6 phan thtc,
ta nén xét xem tit s va
mau s da t6i gian hay
chwa dé€ trdnh sai Jam.
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Ghi nhé:

1. Hinh dang d06 thi.
2. Vi tri cic diém cuc
tri.

3. Khoang d6ng bién,
nghich bién.

Ghi nho:

m
Ya™ =an véi a,m,n

la cac s6 nguyén duong

d=2

8a+4b+2c+2=-2

& <Sa=1b=-3;,c=0;d=2
c=0
12a+4b+0=0

Khi dé ta c6 y =x°—3x* +2. Vay y(-2)=-18.

Cau 11: Dap an A.

Phdn tich: Véi bai toan nhan dang d6 thi ham sg, truede tién ta quan sat nhimg
dac diém sau:

1. Hinh dang d6 thi: véi ham bac ba thi la cht N hay nguoc lai.

2. Vi tri ctia hai diém cuc dai, cuc tiéu.

Loi gidi: ta thdy d6 thi ham s c6 dang cht N nguoc, do vay hé s6 a<0.bén
day ta loai C.

Ta c6 y'=3ax” +2bx +c . D0 thi ham s6 ¢6 hai hoanh d0 diém cuec tri nam vé hai
phia ctia truc tung, do vay:

b* —3ac>0

¢ g = ¢>0 (do a<0 nén b* —3ac>0), dén day taloai D.
-<
a

Chi con lai A va B.

Tiép theo ta c6 thé xét vé vi tri ctia hai diém 1a ndm vé hai phia truc hoanh thi
¥y, <0. Tuy nhién ta thdy néu xét nhu vay kha la 1au, trong khi ta chi con hai
phuong an la A va B, va hai phuong an nay chi khac nhau ¢ diéu kién cta b, do
vay taxét b<0 va b>0.

Nhén thady néu b>0 thi x, +x, = _6_2b >0 (thdéaman, do a<0 vanhin vao d6
a

thi ta thdy néu ki hiéu x, <0< x, thi |xl| < |x2| nén x, +x, >0).

Cau 12: Dap an A.

Voi phirong dn A: Ta c6 day la cong thic tong quat ln(ab) =Ina+1Inb véi moi sd
duwonga vab.

Ta chon A va khong can xét dén cac phwong an con lai.

Cau 13: Dap an C.

Xét phuong trinh 37" =27 <3 =3’ ox-1=3<x=4.

Cau 14: Dap an C.

Phdn tich: Ta c6 dé bai cho cong thitc tinh s6 luwong vi khudn 6 thoi gian f va
cho s6 lwgng vi khudn sau 3 phat, do d6 ta ¢ thé tinh dugc s (O) Tk day ta
tinh duoc thoi gian khi s6 luong vi khuan la 10 triéu con. Thue chat day la bai
toan kiém tra kha nang giai phuong trinh mii ctia hoc sinh.

Loi gidi: Ta c6 s(3)=5(0).2° =625000 < s(0) =78125.

Vay 10000000 =78125.2" < 2" =128 < t =log,128 =7 .

Cau 15: Dap an B.

Ta c6 cong thirc da note o bén.

Ap dung cong thiec trén Tan lweot tir trong ra ngoai cin ta dwoc:

3 7 7 13 13
‘ 4 3 24 3 L4 o2 2
P =yxyx* Nx° =\/x.Vx2.x2 =\/x.\/x2 =Vxx?? =\x6 =x2.
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Cau 16: Dap an A.
Nhan thdy day la bai toan khai trién biéu thiic logarit bang cach st dung cac
cong thitc da note o bén.

3
Loi gidi: Ta c6 log, (2%} =log, (2113)— log, b ( dén day ta loai B va D).
=log,2+log,a’ —log,b=1+3log,a—log,b.
Cau 17: Pap an C.

Phdn tich: Nhan xét day 1a bat phuong trinh logarit dang co sd 0 <a= % <1.
Nén ta c6 10i gidi sau:
Loi gigi: Diéu kién: x > % )
log, (x+1) <log, (2x—1) Sx+1>2x-1ex<2.
2 2

A, 7. A - A 14 1
Két hgp véi diéu kién ta co 5 <x<2.

Cau 18: Dap an A.

1
Ta co (ln(1+\/x?))':(1+\/m) = 2\/m = ! .
T+l Tl (1edoet)2dxed
Cau 19: Dap an B.
Ta cé ham s0 y = 4" nghich bién trén tap xac dinh, do d6 0<a<1, va tir day ta
cting suy ra dugc b>1;c¢>1. Do vdy a nho nhat, ta loai C va D.
Ti€p theo ta c6 véi x=a thi b* >c* <b>c.DPén day tasuyra a<c<b.
Cau 20: Pap an C.
Vi bai toan nay, ta thdy cac phwong an A va D; B va C khéac nhau 6 cac diém
dau mut, do d6 ta dé dang thtr nhu sau:
Lay mot gia tri m=2,5 thi phuong trinh tro thanh
6" + 2—; —g =0 2.6 +2" =5. Khi d6 nha&m nghiém véi x ndm trong khoang

(0;1) ta duoc:

= Math

DR +20 -5

A= 0. 34749675
L-R= 0

Thoa man, do vay dén day ta loai luén A va D.
Tiép theo ta chi can xét xem hai diém dau mut cé thoa man khdng bang cach

xét m=2 thi phuwong trinh tré thanh 6" +2" —2=0. Ta nham dugc x=0 khong

thoa man. Nén ta chon C.
Cau 21: Dap an D.

Trudc tién ta di rat gon biéu thirc P:
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Ghi nhé:
log % =log a-log b

log (ab) =log a+log b

Ghi nhé: Véi x,y >0
log x<log y <> x<y
khi a>1

log x<log y <> x>y
khi 0<a<T1.

Ghi nhé: Cho ham s&
y:ax(a>0,a¢1)

1. Véi 0<a <1 thi ham s&
nghich bién trén (—oo ;+oo) .
2.Véi a>1 thi ham s6

dong bién trén (—oo ;+oo) .




Ghi nhé: Trong tich phan

thi jf(x)dx :]:f(t)dt

A 4

13 dé thi thit THPT quéc gia mdn Toan — Kem Ioi giai chi tiét Ngoc Huyén LB

y
NS4 o

SW\

2

2log, a

2
Pz(Zloga aJ +3log, a—3log, b= +3log, a—3

b

a
log, E

2
= _2log, @ +3(logba—1)
log, a—1

2
bit log, b=t(t>0), khi d6 sz(t)z[tz_—tlj +3(t-1) c6
8t.(t—1)" -2.(t-1).4¢ 8t +3(t-1)
)< S 20Ty sed)
(t-1) (t-1)
f'(t)=0<t=3.Khido P, =f(3)=15.
Cau 22: Dap an A.

Ta co Icostdx = %sian +C

Cau 23: Dap an A.
b 2

Ta co Jf’(x)dxzf(x)l =f(2)—f(1)=2—1=1.
1

Cau 24: Dap an B.

Ta c6 F(x)=jidx=ln|x—l|+c ma F(2)=1<In1+C=1<C=1.

Do véy F(3)=In[3-1+1=In2+1.

Cau 25: Dap an B.

Bai toan giong nhw bai toan doi bién.

Néu dat t=2x;déican vii x=0—->t=0;x=2—>t=4

r 17 17 1
thi I=.([f(Zx)dx=§£f(2x).2.dx:5£f(t)dt:5.16=8.

Cau 26: Dap an B.
4 4 4
4
Ta céd J‘ de =_[ 1 dx=I(1—Ljdx=(1n|x|—ln|x+1|)

3 X +x 3(x+1)x X x+1 3
=In4-In5-In3+In4=-In3+4In2-In5 =a+b+c=-1+4-1=2.
Cau 27: Dap an D.

Nhin vao hinh vé ta c6 duoc cac cong thirc sau:

k In4 ; k 11'14
jexdx =2. I e'dx <e
0 3 0 k

=2.¢" e —e’ =2e™ 26 =365 =9

o =3<k=In3.

Cau 28: Dap an B.

Nhan thay day la bai toan ap dung tng dung cua tich phan vao tinh dién tich
hinh phéng. Ta c6 hinh vé bén:

Ta thay, dién tich hinh phang can tim gap 4 lan dién tich phan gach chéo, do d6

ta chi can di tim dién tich phan gach chéo.
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2 2
Ta c6 phrong trinh duong elip da cho la ;—2 + g—2 =1.Xét trén [O; 4] vay>0
4
thi y = §\/8 —x*.Khidé S, = I§\/ 8% —x*dx , vay dién tich trong hoa ctia 6ng

An trén manh dat1a S =4 j —\/82 x> dx ~ 76,5289182

Math &

|25z T o
76.5289182

Khi d6 so kinh phi phai tra ctia 6ng An la 76,5289182.100000 ~ 7.653.000 dong.
Cau 29: Pap an C.

Do M(3;—4) nén s& phtic z c6 dang z =3—4i. Vay phan thyc ctia z 12 3 va phéan
aola 4.

Cau 30: Pap an D.

Tac z=i(3i+1)=3i* +i=-3+i=z=-3-i.

Cau 31: Dap an A.

_13i 13-i)(2+i :
Ta cé z(2—i)+13i:1 szl 15.’1 <:>Z=( 1)( +1):27+111
2—1 5 5

= |- (gj{%} i

Cau 32: Dap an B

Ta c6 phuong trinh < =z =2+%i.

z=2——1i

2
Khi do w=2i+1i2=—1+2i:>M —1;2 .
2 2 2

Cau 33: Dap an C.
Khi d6 phuong trinh dé bai cho twong duong véi
(1+i)(a+bi)+2(a—bi)=3+2i < a+bi+ai+bi’>+2a—2bi-3-2i=0

& (a+bi* +20-3)+(b+a-2b-2)i=0 < (3a-b-3)+(a-b-2)i=0
o=t
@{3a—b—3:0© 2 —a+b=-1.
a-b-2=0 | _ 3
2
Cau 34: Dap an D.
J10

(1+2i)|z|=@—2+i <:>(1+2i)|z|—i(1+2i)=T—2+i—i(1+2i)

fio Jio

) A _ V10 ol a2
<:>(1+21)(|z|—1)— <:>|z| 1+21.|z| 21 .

= (f+2)" +( z||—>—|| (i 1) =10 o =He

Cau 35: Dap an D.
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Jio
z

<:>|z|+2+i(2.|z|—1)=

Ghi nhé: S6 phtic
z=a +bi(a,b € R) co
phén thwcla a, phan dolab.
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Ta c6 cong thirc tinh thé tich cua khdi chop da cho la
1 1 \/5 2
174 ZEB.h ZE.T.(Za) h=a* =>h=a3.
Cau 36: Pap an A
Dé dang thdy bat dién déu, hinh 1ap phurrong va lang truc luc gidc déu cé tam d6i
xtng. Con t dién déu khong cé tam ddi xing.
Cau 37: Dap an B.
Phdn tich: Ta thdy hai khéi chop ABCD va AGBC c6 chung chiéu cao la
khoang céch tir A dén mit phing (BCD), do vay dé tinh khéi chép AGBC thi ta

tim ti 1é thé tich gitra hai khoi chop, ttec 1a tim ti 1€ dién tich gitta tam giac BCG

va tam giac BCD.
- d(G; BC
Loi giai: Do G la trong tam tam gidc BCD nén ta de suy ra duoc —) 1 .
d(d;BC) 3
14 S
Khi d6 2 = —SBGC = % =V, s = % =4 .
ABCD BCD

Cau 38: Dap an D.

Phdn tich: Nhu da ting cha y ¢ cac dé ma t6i giai lan tredce, véi nhitng bai toan
tinh thé tich khoi da dién qua kho dé thiét 1ap cong thirc truc tiép, ta sé tinh
béng cach gian tiép. O day vdi bai todn nay, dé tinh thé tich khdi da dién
ABCB’C’ ta lay hiéu gitra thé tich khéi lang tru ABCA'B'C' va khéi chop
AA'B'C.

Loi gidi: ké C’'H vudng goc véi mat phang (ABC ) Khi d6 C’'H la duong cao

cua khoi lang tru ABC.A'B’C’. (AC ',(ABC)) =60°=C'AH.

Tam gidc AC’H vuong tai Hnén C'H = AC'.sinC' AH = a.sin60° = 2.3
2

Khidé V. e =S50 C'H = %.(2&) 23-83

1 2 1643

=§V dovay Ve :§.V =

ABC.A'B'C'” ABC.A'B'C' 3

1%

AA'B'C'
Cau 39: Dap an A.

Ta ¢6 cong thirc tinh dién tich xung quanh cua khéi nén la:
S=nRI=15r=1=>5.Khi d6 chiéu cao ctia khdi chop la

W=+ -R* =5 -3 =4 :>V=%.Tc.32.4=12n.

Cau 40: Dap an B.
Day cua khdi tru chinh 1a duong tron ngoai ti€p tam giac déu ABC.

a3

Vay ban kinh ctua duong tronla R = 3 Khi d6 thé tich cuia khoi tru 1a

2
2
Vzn.(afJ = i h.

3

Cau 41: Dap an C.
Phdn tich: Goi I la trung diém cua AC’. Giong nhu trong sach bo dé tinh tay toi

da gidi thidéu cach tim duong kinh ctia mdt cu ngoai tiép khdp chép bang cach
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tim mot canh nhin cac dinh trong khéi chép duwdi mot goc 90°. O day ta o
ABC'= AB'C=90°.

Loi giai: Tam giac ABC’ vudng tai B ¢6 I la trung diém cua AC" = IA=IC'=1IB.
Twong ty véi tam giac AB'C” ta cling c6 IA=IC'=1IB'".

Suy ra IA=IC'=IB=IB'=%=R.

Tam gidc AA’C’ vudng tai A’ nén ta co

=VAA?+ A'C* =\4a® +a* +4a* =3a :R:%:ﬁ,

Cau 42: Dap an C.

Khi quay xung quanh truc XY ta duoc vat thé tron xoay 6 bén:

Phdn tich: Khi quay quanh truc XY thi thé tich khdi tron xoay thu duoc chinh
la tong ctia ba khdi: khéi tru phia trén cing, khéi nén cut ¢ gitta, va khéi nén o

dwdi cung.
Loi giai:
2
1.Thé tich khéi try La: V, = n(gj 5= 1245“

Ta thay khdi nén cut c6 ddy nho chinh la ddy caa khoi tru, day 16n la day cua

SJ_

khoinén, goi ddy nho la r, day lon la R. Khi d6 r = g va R=

(B+B+«/ﬁ) ( +7 +Rr)

2.Vay thé tich khéi nén cut la: V, =

wlw

_1 5(\/5_1) 5,525 52

37 2 |4 4 272"

125(2& -1
=

24
3.Thé tich khéi nén duwdi cung la V, = 1 i LSIJ _125n
3 2 2 12
125.(5+4J§)

Vay thé tich khdican timla: V=V, +V, +V, = Tﬁ'

Cau 43: Dap an B.
Toa dd trung diém cta doan théng ABla I (1; 0;4) .
Cau 44: Dap an A.

Ta c6 phuong trinh tham s8 ctia duong thing cé vecto chi phiong ;t(a, b, c) va

x=x,+at
di qua diém A(xa;yo;zo) lad:qy=y, +bt (teR).

z=z +ct Ghi nhé: mit phang (P)
Vay ¢ day ta suy ra duoc "= (0;3; —1) . diqua A(a,0,0),
Cau 45: Pap an C B(0,b,0), C(0,0,¢) c6
Ta c6 phuong trinh mit phang theo doan chin di qua ba diém A(l; 0; O), phuong trinh:

Xy oz 5+%+E:1
B(0;-2;0),C(0;0;3) la (P): =+~—=+==1. a ¢
(0:-2:0),C(0:0:3) 1 (P): 2+ L o2
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Cau 46: Dap an C.

Loi gidi: Mat cau tam 1(1; 2; —1) va tiép xtic v6i mit phang (P) thi
1-22-2.(-1)-9§
\/1 +(-2) +(=2)
(S):(x=1) +(y-2) +(z+1) =9.

Cau 47: Pép an A.

Phin tich: Duong thang d di qua M(-1;0;5) va c6 vtepu = (1,-3;-1) .

R=d(L;P)= = 3. Khi d6 phuong trinh mit cau can tim 1a

Ghi nhé: Cho doan théng
AB sao cho AB ﬁ(P) =M.

d(A(P)) _ am
m—m M ¢(P) = loaiD.
Hai vector nay khong cing phwong nén loai B.
Cau 48: Pap an A
Ta c6 phuwong trinh mat phang (Oxz) :y=0

Mit phang (P) co vipt n= (3; -3; 2).

Ta c6 nu=10=> hai vector nay khong vudng gdc nén ta loai phuong an C.
Khi do

Ap dung hé qua ma t6i da nhac dén trong sach bd dé tinh ty thi:

3
d(A;(Oxz)) _AM _ J0*+0%+1 _1
d(B;(Oxz)) BM -6 2’

JO* +0* + 17
Cau 49: Dap an B.
Puong thang d, di qua A(Z; 0;0) va co vtcp Z = (—1; 1;1).
Duong thang d, di qua B(O; 1;2) va co vtcp uj = (2; -1; —1)
nl LT

Goi n la vipt ctia mit phang (P) Do (P) song song voi d, ;d, nén { —
nlu,

—n= [1;1,1;2} = (0; 1; —1) ( dén day ta loai dugc A va C).

Khi d6 (P):2y—2z+k=0.Ta thdy

Ma (P) cach déu hai duong thang d,;d, nén (P) di qua trung diém M(l;% ;1]
cta AB

2.%—2.1+k=0:>k=1.

Cau 50: Dap an A.
Phdn tich: Néu ton tai mat cau cd dinh thi ta sé dit tam va ban kinh ctia mat

cau d6 1a I(a,b,c) vaban kinh R.

Ghi nhé: Véi cac bai toan
tim yéu td c6 dinh ma c6 A /\’ Ci AL A . A in ~ N 2 Y . s
1o yeu to co dinh ma co Nhén thay, do mat cau c6 dinh nén tam ciing c6 dinh va ban kinh ¢d dinh, ma
tham s0 m, ta can tim cach

a
—+
m l-m

N AL i ” ~ a b
dé triét tiéu tham s6 m, dé + +c-1

két qua tao ra 1a mot hang bén kinh R = d A B C

sO ( constant). 1 1
J + — +1 —+ +1
\/m (1-m)

+c— 1‘
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Dé ban kinh R ¢ dinh thi m phai triét tiéu va biéu thic trén rat gon dwgc vé
hang s6. Mt khac ta thdy trén tir s6 biu thirc cé ddu tri tuyét d6i, mau s6 la
chita can va c6 cac hang t& binh phwong, do d6, dé c6 thé rit ttr s8 cho mau s
thi dua biéu thirc trong ngodc vé dang chinh phuong. Mdt khac ta c6 cong thike

t 1 1., 2 2 2 2,2 4w
m(m—l)_m—l m m(l—m)_m m-1 m 1-m’ Y
2 2 2
m(l—m) m 1-m

Suvra Lo 1 1 1 2 2 2
Y (1_m)2 m (1_m)2 m(1-m) m 1-m

a b
+1_m+c—1‘
Khi do thi d(1,(ABC)) = F—— = R . Hai biéu thic nay rat gon duoc
—+———-1
m 1-m ‘
a=1
khi 4b=1 =1=(1;1;0);R=1.
c=0

Trén ddy la phian phén tich dé suy ra dwoc két qua, sau ddy téi xin giGi thiéu 10i
gidi:
Goi 1(1;1;0).

Ta c6 phuwong trinh mat phang (ABC) la: X+¥Y 4221 .Ma m+n=1nén
m n
(ABC): Z+ Y 12-1.Tacs
m 1-m
‘1+11 —1‘ 1+11 —1‘
d(I;(ABC)) = e = " o1=1D
1

1 1 1
\/mz+(1_m)2 + m+1—m_1‘

Vay mét cau ¢6 dinh can tim la mat cau tam [ (1; 1;0), ban kinh R=1.
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PE SO 10
DE TU SOAN 1

Cau 1: Két luan nao sau day la khong dang vé do
thi ham s8 y =ax’ +bx* +cx+d (a=0) ?

A. D6 thi ham s6 bac ba lu6n cat truc hoanh
tai it nhat mot diém.

B. D6 thi ham s bac ba nhan diém c6 hoanh
do la nghiém cta phueong trinh " =0 lam tam
déi xting.

C.Néu phuong trinh y'=0 ¢6 2 nghiém phan
biét thi d6 thi ham s6 bac ba c6 mot diém cuee dai,
mot diém cuec tiéu.

D. D6 thi ham s6 bac ba khong c6 diém cuec tri
khi va chi khi phuong trinh ' =0 v6 nghiém.

X +3x+1

Cau2: Hams6 y = dong bién trén:

x+1
A. (—oo; —1) va (—1; +oo)
B. (—oo; —1) U (—1; +oo)
C.R
D. (-1;1)
Cau 3: Cho d6 thi ham s§ y = f(x) =x* —2x* -3
nhu hinh vé bén. Ttr d6 thi suy ra duoc sd nghiém
ctia phurong trinh ‘x‘* -2 - 3‘ =m véi me(3;4) la:

A

Yy

A.3 B.2 C. 4 D.6

x+1
2x+3

Cau 4: Choham s y= (C) Tim tat ca cac
diém trén do thi ham s (C) c6 tong khoang cch

dén 2 duong tiém can la nho nhat.

M(-1;0) M(-1,0)
M(-2;1) M[l;%]
C. M(-1;0) D. M(-2;1)

PE THI THU THPT QUOC GIA NAM 2017

Mo6n: Toan
Thoi gian lam bai: 90 phat

Cau 5: Cho ham s6 y=

X2 5 @ thi (C) thi
x—1
phuong trinh ctia d6 thi ham s6 (C ') doi xtng voi

(C) qua gdc toa do O 1a?

x—2 2—x

A. = B_ =
Y x+1 Y x+1
xX+2 x—1

C- - D. =
Y x+1 Y x+2

Cau 6: Biét d6 thi ham s6 y=x* +bx* +¢ chi c6

mot diém cye tri 1a diém c6 toa do (0;-1) thibva

¢ thoa man diéu kién nao?
A.b>0vac=-1
C.b=0vac>0

Cau 7: Véi gia tri nao cta m thi duong thang

B. b<0 va c=-1
D. b>0 vactuyy.

y=x+m di qua trung diém ctia doan néi 2 di€m
cuc tri cua d6 thi ham s6 y=x" —6x”> +9x ?

A.0 B.1 C.2 D.3
Cau 8: Goi M va m Ian lwot la GTLN va GTNN
cia ham s8 y=xv1-x* trén tap xac dinh. Khi
dé M —m bang?

A. 1 B.2

C.3 D. dap s6 khac.
Cau 9: Huyén c6 mot tdm bia hinh tron nhu hinh
vé, Huyén mudn bién hinh tron d6 thanh mét
hinh c4i phéu hinh nén. Khi d6 Huyén phai cat
bd hinh quat tron AOB r6i dan hai ban kinh OA
va OB lai véi nhau. Goi x 1a géc 6 tam hinh quat
tron dung lam phéu. Tim x d€ thé tich phéu 16n

nhat?
3
= :
A / B

N CI. Lz Lz
3 3 2 4
Cau 10: D6 thi ctia ham s6 y = x> - 3x cat:

C D

A. duong thang y =3 tai hai diém.
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B. duong thang y=—4 tai hai diém.
C. duong thang y :g tai ba diém.

D. truc hoanh tai mot diém.
Céu 11: Tim s ménh dé dung trong nhiing ménh
sau:

(1) Néu ham s6 f(x) dat circ dai tai x, thi x,

duoc goi la diém cuc dai cia ham sé.

(2) Gia tri cuc dai ( gia tri cuc tiéu) cia ham s6
con duoc goi la cuc dai ( cuc tiéu) va duoc goi
chung la cyec tri cia ham s6.

(3) Choham s§ f(x) laham s§bac 3, néu ham

s8 ¢6 cuc tri thi d6 thi ham s6 cdt truc Ox tai 3
diém phan biét.

(4) Cho ham s6 f (x) 14 ham s6 bac 3, néu d6
thi ham s& cat truc Ox tai duy nhat mot diém thi
ham s0 khong co gia tri cuc tri.

A.1l B.2 C.3 D.4
Cau 12: Giai phuong trinh log_ (x2 +3x + 5) =2
A. x :g B. phuong trinh VN.
C.x= =3 D. x= =
5 3
Cau13:Giatricta log ,a véia>0vaa=1 b.%mg:
A.3 B. l C. 3 D. _—1
3 3

Cau 14: Cho g, b 1a 40 dai hai canh gbéc vuong, ¢
la d6 dai canh huyén cua mot tam gidc vudng,
trong do (c —b) #1 va (C + b) #1. Kétluan nao sau
day la dang?

A.log  a+log ,a= 2(logc+b a).(logcfb a)

B. log_,a+log ,a=-2 (logﬁb a) : (logﬁb a)

C.log,, a+log ,a= (logﬁb a).(logc_b a)

D. log ., a+log ,a= —(logﬁb a).(logcfh a)
Cau 15: Tap xac dinh cta ham s6

y= ’log1 (x—3)—1 la
3
B. Dz(’;’a;g}
3

A. D=[3;Ej
3
D. D=(3;+oo)

C. D= (—oo; Ej|
3

Cau 16: Mot hoc sinh giai bai toan: “ Biét
log,, 5=alog,7 =b;log,3 =c Tinh log, 35" lan
leot nhu sau:
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L. Ta c6 a=log,, 5=log,, 5= %log3 5. Suy ra

log, 5=3a nén log, 5=1log, 3.log, 5=3ac.
II. Twong tw,

b=log,7 =log , 7=%10g27:>10g27:3b.

III. Tt d6:

log, 35 =log, 2.log, (5.7) = 10; S

2

(log2 5+log,7)

_ 3ac+3b  3ac+3b
log,2+log,3 1+c

Két ludn nao sau day la dang

A. Loi giai trén sai tir giai doan L.

B. Loi giai trén sai tir giai doan IL

C. Loi giai trén sai tir giai doan IIL

D. Loi giai trén dung.
Cau 17: Pao ham cia ham sO
f(x)= ln(x +x% + 1) 1a

1

A

1+ +1 1+yx’ +1

C. fi(x)=— N2 D, frx)=

( ) x+xt +1 ( ) 2(x+\/x2+1)

Cau18:Goi T = L p
1 1 1 N 1

log, x ’ log, x ! log x log, x
véi a, b, c,d, x thich hgp dé biéu thitc c6 nghia.
Déng thtec nao sau day la sai?

A.T=log,  x
B. T =log_abcd

1

CT=————
log abcd

1

D.T=
log a+log b+log c+log d

Cau 19: S8 nghiém ctia phuong trinh 227 =1 13
A.0 B.1 C.2 D.3
Cau 20: Chon khang dinh sai trong cac khing
dinh sau:
A.logx>20<=x2>1
B. log,x<0<0<x<1

C.log,a>log, b<>a>b>0

3 3
D. log,a=log, b<a=b>0
3 3
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Cau 21: Biét thé tich khi CO, trén thé gidi nam
1998 1a V(). 10 ndm ti€p theo, thé tich CO,
tang m% so voi nam lién trude, 10 nam tiép theo
ntta, thé tich CO, tdng n% so véindm lién trude.

Tinh thé tich CO, ndm 2016?

10

100+ ) (100 + 7
AV, :v.(( 1)(520 ) (m)
100+m)" (100 +n)’
B. V,, = V.( )1035 ) (m)
C. Vi =V +V.(1+m+n)” ()
D. V. = V.(1+m+n)18 (m3)

Cau 22: Ho nguyén ham cua ham sd

4x° —5x* -1 .,
y=2 = 21y,
X

3_ 2_
A. Iﬂ—?ldx:2x2—5x+l+C
X X
3_ 2_
B. f4x—iX1dx:x2—5x+l+C
x X
3_ 2_
C. j%—ixldx:bf —5x+ln|x|+C
x

dx = 2x? —5x—l+C
X x

D. J-4x3 —52x2 -1
Cau 23: Mot bac thg xay bom nude vao bé chira
nude. Goi h(t) 1a thé tich nwéc bom duwoc sau t
giay.

Cho h'(t)=3at* +bt vaa, blathamsd .

Ban dau bé khong co nudec.

Sau 5 gidy thi thé tich nudc trong bé'1la 150 m”> .
Sau 10 gidy thi thé tich nudc trong b&'1a 1100 m”.

Tinh thé tich nudc trong bé sau khi bom duoc 20 gidy.

A. 8400 m’ B. 2200 m®
C. 600 m® D. 4200 m®
Cau 24: Ménh dé nao 1a sai trong cac ménh dé
sau:
A. j(x3 —xz)dx = j‘(x2 —x3)dx
0 1
B. j[(x3 —xz)dx =j(x3 —xz)dx+j.(x3 —xz)dx
0 0 2
C. j[(xs —xz)dx = T(x3 —xz)dx—j[(f —xz)dx
0 0 2
D. j(x3 —xz)dx = ix3dx —ixzdx
0 0 0

sinxv/8 + cos xdx . Dt
u=8+cosx thi két qua nao sau day la dung?

9 8
A. Izzjﬁdu B. 1=%j\/5du
8 9

Cau 25: Chotich phan [ =

ot—

C. Izj\/;du D. I=j.\/;du
9 8

Cau 26: Dién tich hinh phang gi6i han béi d6 thi
ham s8 y =x’ —6x% +9x, truc tung va tiép tuyén
tai di€ém c6 toa do thoa man y"=0 dwoc tinh

bang cong thitc nao sau day

A. j(—af +6x% —12x+ S)dx
0

B.

—_—

(x3 —6x* +12x —S)dx

C. (—x3 +6x% —10x + 5)dx

S

St O @

(x3 —6x% +10x — S)dx

Cau 27: Thé tich vat thé tron xoay dugc gidi han
boi cac duong y=+1-x";x=0;,y=0 khi quay
quanh truc Ox khdng duoc tinh bang cong thirc

nao sau day?
1 2

A. nz‘;(l—xz) dx

3
C. n[x—x—J
3

Cau 28: Tim phan thue, phan do cua s6 phtc sau:
3-1 2+1

1+ i

A. phan thuc: a=2; phan ao b=—4i
B. phan thuwc: a=2; phanao b=—4
C. phéan thuc: a=2; phan ao b=4i

B. nj(l—xz)dx
0

1
D. &
0 3

D. phan thyc: a=2; phanao b=4.
Cau 29: Cho a;beR Ménh dé nao sai trong
nhting ménh dé sau:

A. Hiéu ctia mét s6 phtre va sd phtic lién hop
ctia nd la mot s6 thuan ao.

B. Tich ctia mot s6 phtic va s6 phtec lién hgp
ctia no la mot so do.

C. biém M (a,b) trong mot hé toa do vudng
gbc ctia mit phang duoc goi la diém biéu dién s6
phttc z=a+0bi .
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D. M6 dun cua s0 phtc z=a+bi la
|z| =Na® +b°.
Cau 30: Xac dinh tap hop cac diém biéu dién sd

z ]- \ n A 2
phttc z sao cho — la so thuan ao.
z

A. truc hoanh

B. truc tung

C. truc tung bo diém O

D. truc hoanh bo diém O.

Cau 31: Giai phuong trinh sau z* +2iz+15=0.
Khi d6 tap nghiém S ctia phurong trinh la:

A. S={1+3i;2-5i}  B. S={-3i;5i}

C. $={3;-5i} D. S={2+3i;1-5i}
Cau 32: Xac dinh tap hop cac diém trong hé toa
d6 wvuong gbéc bidu dién s§ phtc
z=x+1y; (x,y S R) thoa man diéu kién |z| =2

A.Duong tron x* +y° =4

B. Puong thang y =2

C. Duong thang x =2

D. Hai duwong thang x=2 va y=2
CAau 33: Cho cic diém A, B, C va A’, B, C’ theo
thtt tw bi€u dién cac s6 phtc :

1—-i; 2+3i; 3+i va 3i; 3—2i; 3+2i
Khang dinh nao sau day la diung?

A. Hai tam gidc ABC va A’B’C’ dong dang.

B. Hai tam gidc ABC va A’B'C’ c6 cung trong tam.

C. Trung diém M cua AB d6i xing vdi trung
diém N ctia A'B” qua goc toa do.

D. D6 dai canh BC bang d¢ dai canh A'B".
Cau 34: Cho s6 phttc z, =3+2i; z, =5+ 6i . Tinh
A=2zz,+5z +6z,

A.A=48+74i B. A=18+54i

C. A=—42-18i D. 42+18i
Cau 35: Mdi dinh ctia bat dién déu la dinh chung
ctia bao nhiéu canh?

A.3 B.5 C.8 D. 4
Cau 36: Goi V la thé tich ctia hinh lap phuwong
ABCD.A'B'C'D’. 'V, la thé tich cta t&¢ dién
A’ABD. Hé thttc nao sau day la ding?

A. V=6V, B. V=4V,

C. V=3V, D.V =2V,

Cau 37: Cho mit phang (P) chtta hinh vuéng
ABCD. Trén duwong thang vudng goéc véi mit
phang (P) tai A, 18y diém M. Trén duong thang
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vuong goc voi mat phang (P) tai C lay diém N
(N cting phia v6i M so v6i mat phang (P) ). Goi I

la trung diém cua MN. Thé tich cua t& dién
MNBD luén cé thé tinh dwoc bang cong thic nao

sau day?
A L L
V= 3 ACS,, B. V= gAC‘SBDN
1 1
C.V= 5 BDSBMN D. V= 5 BD-SMBD

Cau 38: Cho hinh chit nhat ABCD nhu hinh vé.
Goi M, N lan luot la trung diém ctia AB va CD.
Tinh thé tich hinh tru thu duoc khi quay hinh cht
nhat ABCD quanh truc MN. Biét AB=a; BC=b

A M B
C
D N
a’b 5
A szn dvtt B. V =a°br dvtt
a’b a’b

C.V=—ngndvtt D. V="r dvtt
12 3

Cau 39: Cho méat cau tam O, ban kinh R=13. Mt
phfing (P) cit mat cau sao cho giao tuyén la
duong tron di qua ba diém A, B, C ma
AB=6;BC=8;,CA=10. Tinh khoang cach tit O
dén (P).

A.10 B.12 C.13 D. 11
Cau 40: Cho hinh chop S.ABCD c6 day ABCD la
hinh ch* nhat ¢6 AD=24,AB=a, canh bén
SA=aJ2 vudng géc véi mat phing déy
(ABCD). Goi M la trung di€ém cta canh BC. Tinh
béan kinh khdi cau ngoai ti€p hinh chép S.AMD.

A. ﬁ B. & C. ﬁ D. &

6 4 2 3

Cau 41: Thiét dién qua truc cua mot hinh nén la
mot tam gidc vudng can cd canh goc vudng bang
2. Tinh dién tich xung quanh ctia hinh nén.

A. 212 dvdt B. 2 dvdt

C. 4n2 dvdt D. 4n dvdt
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Cau 42: Trong khong gian voi hé truc toa do

Oxyz, cho tam gidc ABC co A(l; 1;3),'B(2; 6,'5) va

toa do trong tam G(—l; 2;5) . Tim toa do diém C.
A. C(-6;-1,7) B. C(6;1,7)

. of70. 19 19) (1019 19
3 3 3 3 3 3

Cau 43: Cho diém I(1;2;3). Viét phuong trinh
mdt cau (S) c6 tam I va cat mat phang
(P):x+y+2z+3=0 vdi thiét dién 1a hinh tron
c6 duong kinh bang 2.

A. (S):(x—l)2 +(y—2)2 +(z- 3)2

B. (S):(x-1) +(y—2) +( 3)2=

C. (8):(x=1) +(y-2) +(z-3) =1

D. (8):(x-1) +(y-2) +(z-3) =23

Cau 44: Viét phuong trinh mat phang (a) di qua

N

N

diém M (1; —2;3) va song song v6i mit phang
(B):2x-3y+z+5=0

A. (oc):Zx—3y+z+11=0
B. (0):4x—6y+2z-22=0
C. (a):2x+3y+z-11=0

D. (a):4x—6y+2z+22=0
Cau 45: Cho mit phang (oc) c6 phuong trinh
3x+5y—z-2=0 va duong thing d c6 phuong
x-12 y-9 _z-1

3

ctia duong thing d va mit phang (oc) . M3t phang

trinh

. Goi M la giao diém

(B) di qua M va vudng goc véi duong thang D
c6 phuong trinh la

A. (B):4x+3y+z+2=0

B. (B):—4x+3y+z+2=0

C. (B):4x-3y+z-2=0

D. (B):4x+3y+z-2=0
Cau 46: Trong khong gian Oxyz , cho 4 diém
A(-2;6;3),B(1,0;6),C(0;2;1) D(;4;,0).  Tinh
chiéu cao AH cuta t dién ABCD.

A d=5 B.d-2%
J76 29
Cod=—2 D.d=2
V29 24
Cau 47: Xét vi tri tuong d6i ctia cip duong thang
) x=2-2t'
d:x—lzy— _z=3 va d':iy=-2+t" ta két
1 3 -1 ,
z=1+3t
luan hai duong thang nay
A. Chéo nhau. B. Trung nhau.
C. Song song. D. Cat nhau.

Cau 48: Trong khong gian vdi hé toa do Oxyz, cho
ba diém A(1;1;3);B(2;3;5);C(-1;2;6) . Xac dinh
diém M sao cho MA+2MB—2MC =0.

A. M(7;3;1) B. M(-7;-3;-1)

C. M(7;-3;1) D. M(7;-3;-1)
Cau 49: Cho mat cau (S) c6 phuong trinh
P +y?+2° —4x-2y+2z+5=0 va mit phang
(P) :3x -2y +6z+m=0. (S) va (P) giao nhau
khi:

A. m>9 hoac m<-5 B. -5<m<9

C.2<m<3
Cau 50: Tim m d€ phwong trinh:
x*+y+2° —2(m—1)x+2(2m—3)y
+2(2m+1)z+11-m=0

D. m>3 hoac m<2

la phuong trinh mét mét cau.
A. m<0 hoac m>1 B.0<m<1
C. m<—-1 hoac m>2 D. -1<m<?2
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DAP AN
1D 2A 3D 4A 5B 6A 7A 8A 9A 10C
11B 12B 13B 14A 15B 16D 17B 18B 19C 20C
21B 22A 23A 24C 25D 26A 27A 28B 29B 30C
31B 32A 33B 34A 35D 36A 37A 38A 39B 40C
41A 42A 43A 44B 45A 46B 47D 48A 49B 50A

HUONG DAN GIAI CHI TIET

Cau 1: Dap an D.

Phin tich:

bay 1a mot cau hoi ly thuyét doi hoi quy doc gia
can nam vitng cac kién thikc vé ham s& bac ba.
Vi dé bai 1a tim ménh dé khong dung nén chung
ta phai phan tich ting ménh dé mot dé khang
dinh xem né dung hay sai.

Ménh dé A: Trang 35 sach giao khoa Giai tich co
ban 12 c6 bang vé cac dang do thi cia ham s6
bac 3. Va c6 thé két luan rang day la ménh dé
dung. Tt bang d6 thi ta cling suy ra cau C la
ménh dé dung.

M¢énh dé B: Day 1a ménh dé diang. (Hodc néu ban
chua chic, trong qua trinh lam, ban doc c6 thé
dé€ lai ménh dé do va xét ménh dé tiép theo).
Ménh dé D: Day la ménh dé sai, vi sao lai nhw
vay. Ta thdy néu phuong trinh y'=0 v
nghiém thi d6 thi ham s6 bac ba dung la khong
c6 diém cuec tri, nhung dé c6 phai la toan bd
treong hop c6 thé xay ra hay khong? Khong, vi
néu phuong trinh y' =0 c6 nghiém kép thi d6
thi ham s6 bac ba cliing khong c6 diém cuec tri. (
Nhu bang trang 35 SGK).

Cau 2: Dap an A.

Phén tich: D€ biét ham sd dong bién, nghich
bién trén khoang nao ta thuong xét dau cua dao
ham dé két luan.

Vi dang nay ta c6 2 cach xtt ly nhuw sau:

Cich 1: Cach giai toan thong thwong: Vi day la
ham da thitc ¢ bac ti 16n hon bac mauy, nén d¢€
tim dao ham mot cach nhanh chéng, quy doc gia
nén chia da thtic t&t s6 cho da thitc mau sd nhu
sau:

Diéu kién: x = -1
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X +3x+1 2x+1
x+1 x+1
Khido y'=1+22 10 141 ~>0 Vx#-1

(x + 1)2 (x + 1)

Vay ham s8 dong bién trén (—o0;—1) va (-1;+)
Cdch 2: Dung may tinh Casio.

Nhin vao cach 1 ta thdy cach lam nay kha
nhanh, nhung trong phong thi nhiéu khi cac ban
6 thé€ bi roi trong cach dao ham,... Vi thé & day
toi xin gidi thiéu voi quy doc gia mot cach lam
nita sit dung may tinh nhw sau: Do sau khi dao

ax® +bx +c

ham thi y' co dang y'= >
(x+1)

Nhéap vao may tinh:
d (x> +3x+1
dx\  x+1

sao lai nhan véi 1017 : 1a do ta da gén cho

x =100 nén (x + 1)2 =101 . Muc dich ctia ta la

101%. An = ( Ly giai vi

x =100

di tim biéu thttc tr s6 cia dao ham nén ta cd ti

s0 dao ham = y'.(x+1)2

Fi] Math 4
s [HE+3H+1] b
dx E1 |x=1

10202

F| Math &

L) 0o ®101%

Khi d6 may hién két qua
10202 =102 02 =x* +2x+2.
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L X +2x+2 1
= > =1+ 5 -
(x+1) (x+1)
Quay lai nhw cach 1.

Chii yj: Nhiéu doc gia khong nho r6 1i thuyét nén
bdi rdi gitta y A va B. Nhung hay nhd ki trong
chuong trinh 12 chiing ta chi hoc d6ng bién,
nghich bién trong mot khoang, mot doan ( nira
khoang, ntta doan) ma khong c6 trén mot tap
gia tri nhé.
Cau 3: Pap an D.
Phan tich:
S8 nghiém ctia phuong trinh |x* —2x* —3|=m la
sO giao diém ctia 2 d6 thi ham s&
y=h(x)=|f(=)(C)
y=m (d)

cung phuong vdi truc Ox.

, v6i y=m la duong thang

Khi hoc tu luan day chinh 1a bai toan suy dién
d6 thi quen thudc. Vi ham h(x) = ‘f(x)‘ co
h(x)=h(-x) nén h(x) la ham chén c6 db thi
ddi xting qua Oy. Céch suy dién: Giit nguyén
phéan d6 thi ham s6 phia trén truc Ox, 18y d6i
xung phan d6 thi dudi truc Ox qua Ox. Khi d6
ta c6 d6 thi nhw sau:

A

y

p e
—\/3V-1 1\/\5

@)

Nhin vao db thi ta thdy véi m e(3;4) thid cat
(C) tai 6 diém phén biét. Vay véi me(3;4) thi
phuong trinh cé 6 nghiém phan biét.

Cau 4: Dap an A

Phan tich:

Dé bai chi cho ta dit kién vé ham s0, ttr d0 ta
phai di tim 2 tiém can ctia d6 thi ham s6. Nhuw ¢

dé s6 2 cua sach, toi da chi cho quy doc gia cach

tim nhanh tiém can khi dé cho ham phéan thtrc
bac nhat trén bac nhat roi.

N -3
Diéu kién: x # >

TCN: y=% (d,) ; TCD: x:_??) (d,).

Goi M[xu; 2x0 113] 1a diém nam trén d6 thi
xO
(C). Khi do
O0.x, + 11
i(Md)= T +3 2| | 4|
o Jo? + 12 4x,+6|
X, + =
' 2| |ex, +3|
M) e
|2x0 +3| 1
Taco d, +d, = +
2 2|2x, +3|

bén day ta c6 thé nghi ngay dén BDT quen

thudc, BDT Cauchy.
Ap dung BDT Cauchy ta c6
2x, +3
CAAE U Ry
2 2|2x, +3  \22
N |2x0 + 3| 1
Dau bang xay ra khi =
2 2f2x, +3|

x=-1=M|(-1;0
(22, +3) =1e (=1:0).
x=-2=M(-2;1)
Phan tich sai ldm: Nhiéu doc gia dé bi nham lan
khi tinh khoang cach gitta diém M dén 2 duong

tiém can. Khi thdy y =% chfmg han, doc gia sé

bdi roi khong biét 4p dung cdng thike tinh

khoang cach nhu thé nao.
1 1
Tacé) y=—<=<0x+y—==0
Y 2 4 2

Vay cong thitc tinh khoang cach ¢ day la

X, -0+, —1‘

V0% +12

ly ctia quy ddc gia rat cing thang nén nhiéu khi

d= . Trong khi lam bai thi vi tam

cac dang duong thang bién tiu sé lam cac ban
bo ngd dbi chit. Vi the hiy luyén tap that ki dé
c6 mot két qua xing dang nhé!
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Cau 5: Dap an B.

Phdn tich: Nhan xét véi di€m M(x,;y,) thi
diém M' d6i xing voi M (xo ; yo) cO toa do
(_xo , _yo ) °

—x, +2 2-x, .,
oY, = .Dap an B.

-x, -1 x, +1

Khi d6 —y, =

Phan tich sai ldm: Nhiéu doc gia nham 1an gitta

ddi xting qua O vdi d6i xting qua truc Ox, d6i
xting qua truc Oy, dan dén khoanh vao cac dap
an con lai. Mot 10i khuyén cho quy doc gia do 1a
néu khong nhé ro kién thic ¢d thé vé hinh ra va
xac dinh toa do cta cac diém do6i xing, sé rat
nhanh thoi, hay ludn gitt dau 6c sang sudt trong
qua trinh lam bai ban nhé.

Cau 6: Dap an A.

Phdn tich: Ham s6 da cho 1a ham s& bac 4 trung
phuong va xac dinh trén R . Cing xem lai bang
trang 38 Sach gido khoa Giai tich co ban ma t6i
da ndi dén véi quy doc gia o dé s6 2 ( muc dich
ctia viéc t6i nhac lai vé bang nay trong sach 1a d&
quy doc gia xem lai né nhiéu [an va ghi nhé né
trong dau).

Nhin vao bang ta thdy: Ham s6 da cho da thoa
man diéu kién a=1>0, nén dé d6 thi ham s6 da
cho chi c6 mot diém cuec tiéu thi phuong trinh
y'=0 c6 mot nghiém duy nhat.

Ma y'=4x° + 2bx = 2x(2x2 + b) . D& phuwong
trinh '=0 c6 nghiém duy nhat thi phuong
trinh 2x* +b=0 v nghiém hodc c6 mot
nghiém x=0 .Khidé >0 .

Con diéu kién cuaa c thi sao, dé da cho toa d6 caa
diém cuc tiéy, tir d6 ta cb thé dé dang tim duoc
c=-1.

Cau 7: Dap an A.

Phan tich: Luc dau khi doc dé bai, ban doc co
thé bi boi roi khi dé bai cho qué nhiéu thua: 2
diém cuc tri, trung diém cta 2 diém cuc tri, bién
m, duwong thang d. Nhung thuc ra day 1a mot bai
toan tw duy rat co ban.

Dé bai néi rang tim m dé duong thang di qua
trung diém 2 diém cuc tri ctia d6 thi ham s6
y=x"—6x* +9x , thi ta di tim 2 diém cuc tri roi
ttr d6 suy ra toa do trung diém, thay vao
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phuong trinh ctia dwong thang da cho roi ta tim
dwoc m.

=3
*=° _ hoanh d6

y'=3x" —12x+9:0©{ ~
trung diém cua 2 diém cuc trila x, =2

=M (2,'2) la trung diém cua 2 di€ém cuc tri cua
d6 thi ham s6 bac ba da cho.

Thay vao phuong trinh duong thang ta duoc
2=2+m<m=0.

Cau 8: Dap an A.

Phan tich:

Ham s8 y =xy1-x” xdc dinh trong doan

[-11].
Tacod y'=41-x° —\/ ©_1-2¢

1—x2_\/1—x2
x=L
y'=0< ﬁl . TaTan luot so sanh cac gia
X=——
2
tri
1 -1 -1 1
-1)=0,y(1)=0,y| —= |=—,y| —= |=—.
(=000 |- 30{ )5
VéyM—mzl——lzl.
2 2

Cau 9: Dap an A.
Phan tich: V6i bai nay doc gia can nhé lai cong

thitc tinh d¢ dai cung tron. D¢ dai cung tron

AB dfmglémphéulé: Rx =2nr @r:&;
T
2.2
h:\le—rzz RZ—Rx :E 4n2_x2
\J 47> 2rn

Thé tich cdi phéu la:

A =X véi

1 R?

V= f(x) =§nr2h =ou
xe(O; 27'5) .

R: X (87c2 - 3x2)

Ta co f'(x)z YRR m

f'(x)=0c>8n2 -3x? =0©x=¥n.v‘1 day la

BT trac nghiém nén ta c6 thé két luan luén rang

: x v o2 .
thé tich ctia cai phéu 16n nhat khi x = T6 T . Vi
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ta dang xét trén (0; 27:) ma f'(x) =0 tai duy
nhat mot diém thi ta cé thé lam nhanh ma
khong vé BBT nita.

Chii yj: That can than trong tinh toan, néu thoi
gian gap rut trong qua trinh 1am bai, ban c6 thé
d€ cau nay lam cudi cung vi tinh toan va an kha
phtc tap.

Cau 10: Pap an C.

Phdn tich: Vi day la dang toan tim nhan dinh
ding nén quy doc gia nén di kiém tra tinh dang
dan ctia tig ménh dé mot.

Véi ménh dé A: phwong trinh hoanh d6 giao
diém cta 2 d6 thila: x* —3x=3. Bam mdy tinh
ta thady phuwong trinh chi c6 mot nghiém thuec.
Vay chi c¢6 1 diém. Dap an A sai.

Voi ménh dé B: xét phuong trinh hoanh d¢ giao
diém cua 2 d6 thi: x° —3x=-4.Bam mdy tinh ta
thay phuong trinh cling chi c6 1 nghiém, vay
dap an B sai.

Voi ménh dé C: xét phwong trinh hoanh d6 giao
diém cta 2 d6 thi: x° —3x = g BAm mady tinh ta

thdy phuwong trinh c6 3 nghiém phan biét. Vay
ménh dé nay dung, ta chon luén dap an C.

Cau 11: Pap an B.

Phdn tich: Vi day la dang bai tim ménh dé dung
nén quy doc gia phai di xét xem ménh dé nao la
dtng roi tong hop lai.

Vi ménh dé (1): day la ménh dé dung, ta cung
nhd lai chu y trang 14 sach gido khoa co ban
nhé:

“Néuham sd f (x) dat cue dai ( cyce tiéu) tai x,
thi x, duoc goi la diém cuc dai ( diém cyc tié€u)
cua ham so; f (xo) dwoc goi la gia tri cuc dai (
gia tri cwe ti€u) ctia ham s8, ki hidu 1a £, (f.; ),
con diém M (xa ;f(x, )) dwoc goi la diém cuc

dai ( diém cyc ti€u) ctia d6 thi ham s6.” Mong
rang quy doc gia nhd rd ting khai niém, tranh
nham cac khdi niém : “diém cuc dai ctia ham sd”
, “ diém cuc dai cua d6 thi ham s6”, “
dai”,....

V6i ménh dé (2), ta ti€p tuc xem Chu y 2 trang 14
SGK, va day ciing la ménh dé dung.

gia tri cuc

Voi ménh dé ( 3): Ta nhan thay day la ménh dé
sai, ta chi 1dy don ctt vi du nhw hinh vé sau day:
A

y

\4

D6 thi ham s ¢ hinh vé ¢6 2 diém cuc tri nhung
chi cit truc Ox tai duy nhat 1 diém, nén két luan
nay la sai.

V6i ménh dé (4): Ta cling nhin vao hinh vé da 1dy
lam vi du minh hoa @ ménh dé 3 dé nhan xét
rang day la ménh dé sai.

Vay dédp an dung ctia chtiing ta la B: ¢ 2 ménh
dé dung.

Cau 12: Dap an B.

Phdn tich: Day la cau hoi giai phwong trinh
logarit “ kiém diém”. Qay ddc gia nén nam chic
kién thirc vé logarit d€ giai khong bi sai sot.
Diéu kién: x* +3x+5>0; O<x=1

Phuong trinh < x* +3x +5=x" c>x=%5
( khong thoa man). Thay vao diéu kién ban dau
thi khong théa man, nén ta chon dap an B.

O day quy dbc gia ciing c6 thé thay vao dé thi
nghiém, tuy nhién ban than t6i nhan thdy, giai
phuong trinh con nhanh hon ca viéc thay vao
thtr tieng dap an mot. Nhung néu ban thdy cach
nao nhanh hon thi lam nhé.

Phdn tich sai ldm: Nhiéu doc gia khong dé€'y x

chinh la co s0, nén can diéu kién 0 <x=1. Nén
chon luén phuong an D la sai.

Cau 13: Pap an B.

Phin tich:

lo a—llo 11—1
gﬂ3 3 ga 3'
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Chii ij: nhiéu ddc gia c6 thé chira nam vitng kién
thirc vé logarit va c6 nhitng sai lam nhw sau:
Sai [am thit nhat: log , a=3log a=3 .
Chon dap an A 1a sai.
Sai lam thtt hai: log , a=-3log, a=-3.
Chon dap an Cla sai.
Cau 14: Dap an A.
Phdn tich: Nhin cac dap an quy doc gia co thé
thdy r&i mat, tuy nhién, néu dé'y ki dé bai c6
cho tam gidc vuong vi thé ching ta cé dix kién:
a? +b* =¢
Viocaccosdctacacddpanla c+b va c—b
nén ta sé bién do6i bi€u thirc cua dinh ly Pytago
nhu sau:
a* =c* —b* =(c—b)(c+b). (*)
Ta di phan tich biéu thuc
1 1

B log, (c + b) ! log, (c - b)

log, (c—b)+log, (c+b)
B log, (c + b).loga (c - b)

log, ((c - b)(c + b))

B log, (c + b).logu (c -b

log ,a+log ,a

=2log, ., alog_, a
1
log, a

( Ta ap dung cong thic log, P = )

Vay dadp an dung la dap an A.

Cau 15: Pap an B.

Phin tich: O day c6 2 dang diéu kién cac quy
ddc gia can lueu y d6 la

a. DBiéu kién d€ logarit xac dinh.

b. Diéu kién dé€ cin xac dinh.

Giai bai toan nhu sau:

x—-3>0 x>3
Dk logl(x_3)21<:>{—10g3(x—3)21
3
>3 >3 x>3
= = =
10g3(x—3)£—1 x-3<3" xs%

x 6(3;1?0:| . Dap an B.

Chii : Nhiéu doc gia quén mat diéu kién dé
logarit xac dinh nén dan dén chon dap an Cla
sai.
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) =log, (gz)_logHb a.log,,a

Cau 16: Dap an D.

Phan tich: Lai la mot dang bai doi héi quy doc
gia phai doc va xem xét ki titng giai doan cua bai
toan.

Xét giai doan tht nhat: Day la mét giai doan
dtng. Co thé nhiéu ddc gia boi réi doan

log, 5=log, 3.log, 5=3ac, sau day la loi giai
thich:

log, 5
Tac6 log, 5= 10g2

< log, 5=log, 5.log, 3

2
Tuong tu vdi giai doan II va giai doan III déu
dung.
Vay dap an cudi cung la D.
Quy doc gia cé thé dung mady tinh d€ thw ting
bude 1lam, tuy nhién y kién ca nhan toi thay néu
ng6i bAm mady tinh, ban doc sé ton thoi gian hon
la tw duy ddy. Nén hay tap tw duy nhiéu nhat c6
thé ban nhé.
Cau 17: Pap an B.
Phan tich:

Ta co

1. 2% VX' +1+x
£ ()= W+l el 1
x4V +1 x4+l P41

Phdn tich sai ldm: Nhiéu doc gia cd thé quén

cong thtrc dao ham Inu= % Tacla khong tinh
u

u' nhu sau:

f(x)= — 1 Chon ludn dép én A 1a sai

x+x? +1

Hodc nhiéu doc gia dao ham nham u' dan dén
chon cac dap an con lai. Vi thé hay that can than
trong tinh todn nhé.
Cau 18: Dap an B
Phin tich: Ta cung nhd lai cong thitc

1

=log, a (1), cong thirc

log b

log x+log, y=log, xy (2) ap dung vao bai
toan nay.

Taco T= L (ap

log a+log b+log c+log d
dung cong thitc (1) ). Vay y D dung.
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=——— (4p dung cdng thic (2)).
log abcd

Vay y C dung.

=log,,., x (ap dung cong thirc (1)).

Vay y A dung.

Chi con lai y B. Vay chiang ta chon B.

Cau 19: Pap an C

Phain tich: Day la mot cau giai phuwong trinh ma

g0 diém, hay can than trong tinh toan nhé.

x=1

T 1 50> —7x+5=0<| 5.
X==
2

Vay dap an la C.

Cau 20: Bap an C.

Phdn tich: Ta Ian luot phan tich tirng y mot
trong dé.

Voiy A. Taco logx >0 <logx>logl<x>1
(ménh dé nay dung)

Véiy B. Tuong ter y A ta co

x>0

< 0<x<1 (ménh

1 <0
08 r=V {log3 x<log,1

dé nay dung)
Vi1 C. Ta nhan thdy ménh dé nay sai do co s&

% nam trong khoang (0;1) thi d6i chiéu bat

phuong trinh. T6i xin nhic lai kién thtec nhw
sau:

log x>log, y<x<yvéi 0<a<l.

Vay ta khong can xét dén y D khi da c6 dép an
laC.

Cau 21: Dap an B.

Phdn tich: Day la mot bai toan ting dung s6 mu
kha don gian. Tuy nhién vi c6 cac bién m, n nén
quy doc gia dé bi boi r6i khi thuc hién bai toan.
Ta c¢6 nhu sau: Nam 1999 theé tich khi CO, la:

m J _ymt 100

100/ 100
Nam 2000, thé tich khi CO, 1a:

2 2
v,=v. 1+ | oy m+100
100 100

Vay ta c6 quy ludt nén sé nham nhanh nhw sau:
tte nam 1998 dén 2016 la 18 nam, trong dé 10

V,=V+V. L =v|1+
100

nam dau chi s6 tang la m%, 8 ndm sau chi s0

tang la 7% . Vay thé tich sé la

10 8
m+100 n+100
Vooe = V'[ j [ j

100 100

(m+100)" (1 +100)’
10%
Cau 22: Dap an A.
Phdn tich: Nhin vao phan thitc can tim nguyén

.Déap an B.

ham ta thdy da thic ¢ te sO ¢ bac 16n hon bac
clla mau sO, nén ta sé tién hanh chia t& s6 cho
mau sd ta duoc:

3_ 5,2 _
I“—Efclde(‘lx—S—lszx:zxz Sres+C
x X

x
Cau 23: Dap an A.
Phdn tich: Nhin vao bai toan ta co thé nhan ra
ngay day la bai toan tinh tich phan, vi da c6 dao
ham. Nén ttr cac dit kién dé cho ta co:

J5'(3at2 +bt)dt = (at3 +%bt2j g

0

= 125u+%b =150

Tuwong tu ta c6 10004+ 50b =1100
Vay tir d6 ta tinh dugc a=1,b=2
Vay thé tich nudc sau khi bom duoc 20 giay la

2fh'(t)alt:(t3+t2)30

Cau 24: Dap an C.
Phdn tich: Ta lan luot di xem xét tirng ménh dé

=8400.

mot. Treede khi di xem xét cdc ménh dé, toi xin
cung ¢6 thém cho quy ddc gia mot cong thiee nhw

if(x)dx :jf(x)dx+jf(x)dx

Tt cOng thirc trén ta suy ra dwoc ménh dé B la
ménh dé dung.
Tiép theo véi ménh dé A: Ta o

b a
jf(x)dx = I—f(x)dx ,nén ménh dé nay dung.
a b

V6i ménh dé D, ta thay day la ménh dé dung.
Va chi con dap an C.

Cha y: Quy doc gia c6 thé dung may tinh dé tha
néu khong nhd cong thirc lién quan dén tich phan
nhu trén. Tuy nhién, ching ta dang trong qua
trinh 6n luyén nén hay 6n nhd cong thic ch

khong nén dung may tinh nhiéu. Néu ban doc da
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ren luyén duoc kha nang tu duy tot, luc d6 ban
sé tu duy nhanh hon la bAm may tinh rat nhiéu.
Cau 25: Dap an D.

Phdn tich: Ta nhan thay (cos X +8)' =—sinx .

Vay
3 3
I= Isinx\/S +cosxdx = —I\/8 + Cosxd(8 + cosx)
0 0
Déi can
X 0 E
2
u 9 8

8 9
Khi dé I =—jJZdu =jJZdu
9 8

Cau 26: Dap an A.
Phdn tich: Bai toan dat ra cho quy doc gia kha
nhiéu gia thiét: ham s6, truc tung, tiép tuyén tai
diém c6 hoanh d¢ thoa man y"=0
Buwoc diu tién: Viét phuwong trinh ti€p tuyén tai
diém uodn:
1. Tim diém udn: y'=3x" -12x+9 ;

y"=(y') =(8x" —12x+9) =6x—12
y"'=0<x=2 = diém udn 1(2;2)
2. Tim phuong trinh ti€p tuyén tai diém udn
y=y'(2)(x-2)+2=-3(x-2)+2=-3x+8
3. Viét CT tinh dién tich hinh phang.
Ta c6 d6 thi sau:

O/ 2\ M

Trong khi lam bai thi ta khong can vé do thi,
nhung ¢ day, t6i van vé d6 thi d& quy doc gia c6
thé hiéu ro rang ban chat cua bai toan:

Vi bai toan tong quat dang: Tinh dién tich hinh
phéng gi6i han boi:

y=f(x);y=g(x);x=0;x=a , V0Ol a>0 thi
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O day ta c6:

Hinh phéang duoc gidi han boi
y=f(x);y=—3x+8;x=0;x=2

(Vi sao tim duoc can 2 thi d6 la do ta xét phwong
trinh hoanh do giao diém ctia f(x) va tiép
tuyén).

2
Khi dé: S, = Hxs —6x% +9x— (—Sx + 8)‘dx
0
Ma nhin vao d6 thi ta thdy rd rang trén [0; 2] thi
3x+8>x"—6x* +9x.
2
Dodd S, = j(—x3 + 6x7 —12x+8)dx .
0

Cdch lam nhanh: Khi di thi quy ddc gia khong thé

c6 du thoi gian dé€ ngdi vé do thi nhu t6i vira giai

thich ki ludng ¢ trén. Chung ta c6 thé lam nhanh
nhu sau:

Sau khi da viét duwgc phuong trinh tiép tuyén. Ta
bam mady tinh véi mot gia tri ctia x € [0;2} xem
ham s6 nao 16n hon trén doan dang xét, tir 46 pha
tri tuyét d6i. Day 1a meo lam bai, chi ap dung tuy
bai thoi ban nhé.

Cau 27: Dap an A.

Phdn tich: V6i bai toan nay ta khong can thuc
hién du cdc budc tinh dién tich hinh phang ma
van c6 thé tim dwoc dap an dung nhuw sau:

Thé tich khoi tron xoay duoc gidi han boi cac
dudng y=f(x);x=a;x=b;y=0 ; v6i a>b khi
quay quanh truc Ox la

V= nj. f?(x)dx . Nhin vao dép an A ta c6 thé

nhan thdy ngay dap an nay sai do
2

(\/1—3{2 ) ¢(1—x2)2

Vi thé nhiéu khi khong nhat thiét quy doc gia

phai giai chi tiét bai toan ra, hay tw duy sao cho

nhanh nhat cé thé ban nhé.

Cau 28: Dap an B.

Phin tich:

Céch lam rut gon co ban:

ZZ(3—i)(1—i)+(2+i)i
12 — 42 2
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.2_ . o . _ _ .
_1 41+3+ 1+21= 1 41+3—(—1+2i)
1+1 -1 2
=2-4i.

Luu 3: Trong cudn sach nay toi da phan tich rat
rd phan thye va phéan ao ctia sd phtic z, tuy nhién
t6i van nhac lai véi quy doc gia mot lan nita: Véi
s6 phitc z=a+bi (a,b€R) thi ala phan thuc va
b 1a phan ao. Rat nhiéu doc gia nham rang bi la
phan 4o la sai.
Cach lam trén 1a c4ch dién giai vé mat ban chat
toan hoc, tuy nhién néu nham nhanh nhuw trén thi
kha la 1au, nén trong khi lam bai thi, quy doc gia
c6 thé sit dung cong cu may tinh tro gitp nhuw
sau:
Buéc 1: chon — chon 2:CMPLX dé
chuyén sang dang tinh toan véi sd phttc trén may
tinh.
Bwéc 2: Nhap vao may tinh biéu thic
z= 371 + 2+ nhw sau
1+1 i
CMFLY, @ Math &
Soi i

141 i
2-41

bén day, quy doc gia da cé thé giai quyét bai toan
nhu dén budce nay & cach trén.
Cau 29: Dap an B.
Phdn tich: Ta lan luot di xét titng ménh dé 1.
V6i ménh dé A: ta c6 z—z =(a+bi)—(a—bi)=2bi
day 1la mot s6 thuan ao. Vay dap an A dung.
Vi ménh dé B: ta c6
zz=(a+bi)(a=bi)=a’ -b*i* =a*+b* ( do
i* =—1). Day 1a s8 thuc, vdy ménh dé nay sai, ta
6 thé khoanh ludn dap an B ma khong can xét 2
dap an con lai nita. Tuy nhién, khi quy doc gia
dang doc phan phéan tich nay c6 nghia la ban
dang trong qua tinh 6n luyén, vi thé ban nén doc
ca 2 ménh dé dtng sau d6 d¢€ khac ghi né trong
dau, ¢ thé no sé ¢ ich cho ban trong khi lam bai
thi.
Cau 30: Bap an C.
Phan tich: Ta dat z=a+bi v6i a,beR. Khi d6
1 1 a-bi  a-bi

z a+bi a®-b*i* A +b

P “_ \ a .
bé = la moét s6 thuan ao thi —— =0 va
z a +b

-b
a* +b?

tap hop cac diém biéu dién s6 phtic z la duong

#0.Khidd z=0+bi la sO thuan ao. Va

thang x=0, ma b=0 do d6 tap hop d6 sé trix di
O.

Dap an C.

Cau 31: Dap an B

Phdn tich: Vi bai dang nay thi ta sé nghi dén
diéu gi? Ta thay ¢ day co z, ¢d i, tai sao ta khong
nghi dén tao ra i* dé c6 phuong trinh dang cap
bac 2 va khi d6 ta sé giai bai todn mot cach dé
dang.

Mot diéu rat doi quen thude dé 1a i> =—1 . Ta c6
thé thém vao phuong trinh nhw sau:

Phuong trinh

& 2 +2iz—-15i% =0 < (2-3i)(z+5i) =0

3i Dip 4n B
.DPép an
z=-bi p

Cau 32: Dap an A.

Phan tich:

Dé bai cho |z|=2 X’ +y’ =2 x> +y* =4,
Vay dap an la A.

Binh ludn: Rat nhanh phai khong ban? C6 thé ban
dau quy doc gia sé thay bdi rdi khai niém tap hop
diém, nhung cach lam lai kha nhanh. Vi thé, hay
that sang sudt trong qua trinh lam bai nhé.

Cau 33: Pap an B.

Phdn tich: Ta Ian lwot cé thé tim dwoc toa do cac
diém A, B, Cva A’, B, C’ theo cac dit kién dé bai
Vi A 1a diém biéu dién s6 phitc 1-i nén

A(l; —1) . Twong tye ta co B(2;3) , C(3;1) va
A'(0;3); B'(3;2);C'(3;2) . C6 céc dit kién nay,
ta Jan luot di phéan tich tiing ménh dé:

Voi ménh dé A: Ta thdy d€ xem xét xem 2 tam
giac c6 dong dang hay khong kha 1a 1au, nén ta
tam thoi d€ ménh dé nay lai va ti€p tuc xét sang
ménh dé B.

V6i ménh dé B: Ta lan lwgt tim trong tam cua
tirng tam giac: ta co G(2;%J; G'[2;%j. Nhan
thdy G=G' nén ménh dé nay dung, ta khong
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can tiép tuc xét cac ménh dé con lai nita, vi chi
c6 duy nhdt moét ménh dé dung can chung ta
tim ma thoi.

Hay linh hoat trong tirng tinh hudéng ban nhé.
Cau 34: Dap an A.

Phan tich:

Cach lam trinh bay r6 rang vé mat toan hoc nhw
sau:

A=(3+2i)(5+6i)+5(3+2i)+6(5+6i)

=127* +28i +15+15+10i + 30+ 36i = 48+ 74i .
Tuy nhién, néu ban khong c6 tw duy nham tét,
c6 thé nhap vao may tinh d€ lam nhu sau:

Chon ché€ d6 phttc nhw t6i da trinh bay ¢ cau 28.

Tiép theo la gan cac gia tri z, > A; z, > B

Bang cach bam: 3+ 2i A; 5+ 6i
SHIFT|STO/B

Va bam biéu thitc: AB+5A+6B =, tanhan
ngay dwoc dap an A.

Cau 35: Dap an D

Ta c6 hinh vé hinh bat dién déu nhu sau:

Vay dap an dangla D. 4
Cau 36: Dap an A.
Ta c6 hinh vé sau:

A’ B’
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Taco V=5,,.,.AA" ;V, =%.SABD.AA'
1 v 2§, .AA
Ma S,pp =—Sppep > =7 =6
2 v, 1 :
gSABD.AA
=V =6V,

Chit i: Nhiéu doc gia tw duy nhanh nén chi xét ti

s0 gita dién tich day ma quén mat rang véi khoi
4 \ \ 7 7. 1 ~ \ ’

chop thi con tich voi 3 nita, va nhanh chong

chon y D 1a sai. Vi thé, nhanh nhung can phai

chinh xac ban nhé.

Cau 37: Pap an A

Phdn tich: ta c6 hinh vé sau:

Goi O 1a giao diém cua AC va BD. Suy ra IO
song song voi AM, suy ra IO vudng goc véi mat
phang ABCD.

=0I L AC

Ma AC L BD; OI va BD la 2 duong thing cat
nhau cung thuéc mit phing (IBD). Khi do

AC L (IBD); hay AO L (IBD)

Ta c6 MN giao véi (IBD) tai I

d(M;(1BD)) 1M
d(N;(1BD)) IN

\% 1
= M =1= VMIBD = VNIBD = EVMNBD (1)
NIBD

5 ) 1 1 AC
Mit khac V, ., = E.AO.S,BD = E.T-SIBD (2)

Tir (1) va (2) = Vi = %.AC.SIBD .Dép an A
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Trén day 1a cach trinh bay chi tiét d€ quy doc gia
o thé hiéu chi tiét duoc bai toan, tuy nhién khi
lam ma khong phai trinh bay r0 rang ra, chi suy
luan sé rat nhanh chtt khong dai dong nhu thé
nay. Suy luan nhanh doi hoi do chinh xac cao,
nén cac cong thirc, cac s6 liéu phai that can than,
c6 thé ban méi dat di€ém cao ma khong bi mat
diém dang tiéc.
Cau 38: Dap an A.
Khi quay quanh truc MN thi khdi duoc tao
thanh sé€ la hinh tru véi day 1a hinh tron c6
dwong kinh 1a AB.

AB

Khi d6, ban kinh hinh tron la r = - = %

Thé tich cha khéitrula V=Bh=mr’b= %bn
dvtt.

Cau 39: Dap an B.

Phdn tich: Chi can tinh y nhin ra ra‘ing 6;8;101a
bd ba s6 Pytago la quy doc gia da co thé giai
dwoc bai toan nay mdt cdch nhanh chdng nhw
sau:

Ta thdy AB®> +BC?> =CA? , suy ra tam giac ABC
vuong tai B.

Mit phang (P) cat mat cau theo giao tuyén la
dwong tron di qua A, B, C. Tam gidc ABC vudng
tai B, suy ra AC la duong kinh ctia duong tron

=>r= % =5 la ban kinh ctia duong tron.
Mait cau cé ban kinh R=13. Khi d6 ta c6
khoang céch tir tim O dén (P)

h=+NR>-7r* =12
Cau 40: Dap an C.

Phan tich: Ta c6 hinh vé nhu sau:

Day 1a mét bai toan tinh toan khd 1au, néu trong
qua trinh lam bai thi, ban thay n6 lau qua, ban
o6 thé d€ d6 va lam cac cau tiép theo.

Tuy nhién, dudi day la cach lam bai va phan
tich chi ti€t cho quy ddc gia hiéu cach lam cua
bai toan nay.

Nhaén thay t¢ dién S.AMD c6 AMD la tam giac
vuong tai M ( Do

AM = MD =AB* + BM? =a\2, md AD=2a
= hé thitc pytago). Sau day sé la cac budc dé
tim tam ctia mat cau ngoai ti€p hinh chop.
Buéc 1: V& truc dudng tron ctia mat phang day
Goi O 1a trung diém ctia AD,suy ra O la trong
tam cta tam giac AMD.

Tt O, ké Ox vuong goc voi (ABCD)

Buwéc 2: V€ trung truc ctia canh bén va tim giao
diém, giao diém do chinh la tam ctia mdt cau
ngoai ti€p hinh chép

ké Ny vudng goc véi SA, NynOx =1 .Khido 1
chinh la tdm ctia méat cau ngoai ti€p hinh chép
S.AMD.

Ta chi can tinh IS 1a dugc. Ma tam giac SIN
vuong tai N

=Sl =+ySN*> + NI* =

Vay dap an dung la C.

Cau 41: Dap an A.

Phdn tich: Ta cé thiét dién qua truc ctia hinh
nén la tam gidc vudng cé canh bang 2 < duong
sinh [ =2.Puong kinh cua hinh tron day la
canh huyén cta tam giac vuong.

2R=~22+2% =22 = R=+2 .Khi d6
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S,, =mRl=22n dvdt.

Cau 42: Dap an A.

Phdn tich: Day la dang toan tim toa do di€ém co
ban trong hinh hoc giai tich Oxyz, ta chi ap dung
cong thire sau 1a c6 thé giai bai toan nay mot
cach nhanh chéng:

Trong khong gian vdi hé toa do Oxyz, G 1a trong

1
X, =§(xA+xB+xC)

tam ctia tam gidc ABC thi {y, =%(yA + Y, +yc)

z =%(2A +2z,+2.)
Luc nay ban chi viéc bam may la c6 két qua.
Cau 43: Dap an A.
Vi mit cAu cit mit phéng (P) v6i thiét dién 1a
hinh tron c6 duwong kinh bang 2 = ban kinh ctia
hinh tron la r:§:1.
Khoang c4ch tir I &n mat phang (P) la
1+2+2.3+3
- | | 26

h=d(L(P))="—F—m—

( ( )) NI +17 427
Khi d6 ban kinh ctia mat cau la

2

R=\lP 417 = [P +(2V6) =5
Vay phuong trinh mat cau
(5):(x-1) +(y—2) +(2-3) =25
Cau 44: Dap an B.
Mit phang (oc) song song voi (B) suy ra vtpt
ctia (oc) cung phwong vdi vtpt (B) . Khi d6
(OL) co dang 2x—-3y+z+m=0.Ma (oc) di qua
M(1;-2;3) khi d6 phwong trinh
<21+(-3).(-2)+3+m=0<m=-11. Khi d6
(o) :2x =3y +z—11=0. Nhiéu doc gia khi dén
day so vao khong thdy c6 dap an giong y nhu
thé nén bdi rdi, tuy nhién néu nhin ki vao y B thi
thdy y B chinh 1a dap an dang ( chi c6 diéu dap
én B chua t6i gian han nhw két qua ching ta tim
duoc, day van la d4p 4n dung).
Vay dap an B.
Cau 45: Dap an A.
Phin tich:
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Budce 1: Tim duoc giao diém ctia duwong thang
va mat phang (a) . Néu dé phuong trinh duong
thang nhu dé cho quy ddc gia sé khong tim
duoc toa do giao diém. Vay tai sao khong
chuyén vé dang tham s6 t. Chi con mot bién, khi
d6 thay vao phuong trinh mét phang (oc) ta sé

tim duoc ngay diém do.

x=12+4t

d:yy=9+3t .Khido thay vao phuong trinh
z=1+t

(oc) ta dwoc

3(12+4t)+5(9+3t)—(1+t)-2=0<t=-3

= M(0;0;-2)

Budc 2: Viét phuong trinh mit phing (B)

(B) vuong goc voi d = Ui = ;l([s) = (4; 3;1) , (B)
qua M(O;O;—2)

:>(B):4x+3y+z+2=0.

Cau 46: Dap an B

Phan tich: Do dai duong cao AH chinh la
khoang cach tir diém A dén méit phang day
(BCD)

Vi dé da cho tat ca toa do cac diém cta tit dién
ABCD nén ta c6 thé viét dugc phurong trinh
mit phing day (BCD). C6 toa dd diém A va
phuong trinh mit phing day ta c6 thé tinh dwoc
khoang cach tir A dén mit phang day.

1. Viét phrong trinh mét phang (BCD) :

Nhu ¢ dé s6 2 toi da dé cap vé cach viét phuwong
trinh mét phang di qua 3 diém:

BC = (—1; 2;—5);@ = (1; 2;—1)

;lBCD = [?QCB] = (8; —6;—4)

(Vi bude nay quy doc gia c6 thé st dung cach
bam may dé€ tinh tich ¢6 hudng cua hai vecto va

ra duoc toa do cua vtpt nhu trén).

Khi d6 (BCD) qua B(1;0;6) va c6 vtpt
n=(8;-6;-4). Khi d6
(BCD):8x—6y—4z+16=0

< 4x-3y—-2z+8=0

2. Tinh khoang cach
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4(-2)-3.6-23+8
a2 *8_
\/42 +(-3) +(-2) V29
Cau 47: Pap an D.
Phan tich: Day la dang toan da dwoc dé cap

trong Bai 3: Phirong trinh duong thang trong
khong gian sach gido khoa hinh hoc co ban 16p
12.

Ta chuyén phuong trinh duong thang d vé dang

x=1+t
tham s& d:y=2+3t
z=3-t
1+t=2-2¢#
Ta xét hé phuwong trinh {2+3t =-2+¢'
3-t=1+3t'

Nhdn xét: hpt c6 nghiém duy nhat t =-1;t'=1
Vay 2 duong thang nay 1a 2 duwong thang cat
nhau.

Cau 48: Dap an A.

Phin tich: Chung ta lai quay lai v6i dang toan
co ban:

Vi dang toan nay ta nén viét CT tinh tdng quat
ra dé€ sau do thay sd vao sé nhanh hon

X, =Xy +2(xB —xM)—Z(xC —xM):O

& x, =x, +2x, —2x. =7

Twong twthi y,, =y, +2y, -2y, =3

z,=1.

Cau 49: Dap an B

Phin tich: Mt cau (S) c6 tam 1(2;1;-1), ban
kinh R=1

Ta xét vi tri twong ddi gitta mit phang va mat
cau. Cach dé xét vi tri tuong d6i gitta mat phang
véi mat cau la so sanh khoang cach tir tam mat
cau dén mit phang d6 véi ban kinh mat cau.

bé (S) va (P) giao nhau thi d(I;(P)) <R

[3.2-2.1+6.(~1)+m .
3 +(-2) +6°
©|m-2/<7 < -5<m<9
Cau 50: Dap an A.
Ta c6 cong thirc tong quat nhuw sau:
X +y* +2° +2ax+2by +2cz+d =0
& (x+a)2 +(y+b)2 +(z+c)2 =a’+b*+c* —d
D€ phuong trinh trén la phuong trinh mat cau
thi @® +b° +¢® —d >0 ( diéu kién dé€ c6 R)
Ap dung vao bai toan nay ta c6
(m=1) +(2m-3) +(2m+1)" +m-11>0

>1
S —9m>0e| )
m<0
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PE SO 11
DE TU SOAN 2

Céu 1: Cho ham s8 y = f(x). Ménh dé nao
dung trong nhitng ménh dé sau?

A. f(x) >0 véi Vxe (a,b) = f(x) dong bién
trén khoang (a,b).

B. f'(x)>0 véi Ve[a,b]< f(x) dong bién
trén khoang [ a,b].

C.f (x) dong bién trén khoang (a,b)
= f(x) >0,Vxe (a,b).

D. f(x) nghich bién trén khoang (a,b)
= f'(x) >0,Vxe (a,b).
Cau 2: D6 thi ham s6 ¢ hinh bén 1a ciia ham s6

nao dudi day

A 4

©)
2

A y=—x"+3x>-1 B.y=—x"+2x"+2

C.y=x"+2x"+2 D. y=x"+3x> +1

CAau 3: SO diém cuc tri cta d6 thi ham s6
1, \
=—=—x" —x+7 la?

773

A1l B.0 C.3 D.2
Céu 4: Cho ham s0 sau: y = x_—; , nhitng ménh

x —_

dé nao ding trong cac ménh dé sau?

(1) : Ham s8 luén nghich bién trén D=R\{3}.

(2) : B0 thi ham s6 c6 mot tiém can ding la
x=1; mot tiém canngang la y=3 .

(3) : Ham s6 da cho khong 6 cuec tri.

(4): D6 thi ham s nhéan giao diém [ (3;1) cua
hai duong tiém can lam tam ddi xtng.

A. (1),3),(4) B. (3).(4)

C. (2),(3),(4) D. (1), 4)
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PE THI THU THPT QUOC GIA NAM 2017

Mo6n: Toan
Thoi gian lam bai: 90 phat

Cau 5: Hams6 y = dong bién trén khoang

x*+1
nao?
A. (—o0;-1) B. (1;+)
C. (—1; 1) D. (—oo; —1) va (1; +oo)

Céu 6: Cho ham s8: y =x" —2x* + 2. Cyc dai cua
ham s8 bang?

A.2 B.1 C.-1 D.0
Cau7:Chohamso y = |x| va cac ménh dé sau, tim
ménh dé dung:

A. Ham s0 khong c6 dao ham tai x=0 nén
khong dat cuc tiéu tai x=0.

B. Ham s6 khong c6 dao ham tai x=0 nhung
van dat cuc tiéu tai x=0.

C. Ham s6 cé dao ham tai x=0 nén dat cuc
tiéu tai x=0.

D. Ham s6 ¢6 dao ham tai x=0 nhung khong
dat cuc tiéu tai x =0.

Cau 8: Gid tri nho nhdt cta ham sO
y=x>-3x" -9x+6 trén [—4;41 la

A. Min f(x)=-21

—4;4]

B. Min f(x)=-14

[~44]

C. Min f(x)=11 D. Min f(x)=-70

Cau 9: Gid tri cta m d€ d6 thi ham so
2

-3 , .

=X —omx (C) cat duong thang

X —

y=mx-7 (d) tai 2 diém phan biét la:

A.m>B B.m<E va m=1
12 12

C.m<1—9 D.mzl—9 va m=1
12 12

Cau 10: Mot sgi day co chiéu daila 6 m, duoc chia
thanh 2 phan. Phan tht nhat duwoc udn thanh
hinh tam gidc déu, phan th hai udn thanh hinh
vudng. Hoi do dai cta canh hinh tam gidc déu
bz?mg bao nhiéu &€ dién tich 2 hinh thu duoc la
nhé nhat?
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v v
[] A\
A2 () B 363 (m)

94443 94443
12 1843
4+\/§(m) D. m(m)

A i 2X
Cau11: Do thiham s y =—

C.

c6 may duong

x° —2x
tiém can ?
A1 B.0 C.2 D.3
Cau 12: Nghiém cua phweong trinh
log, (2x - 3) =5 la
A. x=3128 B. x=1564
C.x=4 D. x=2

Cau 13: Nghiém cua bdt phuong trinh
log (2% —4x)>1 la
A. x>1+6 hodc x<1-6

B. xe(l—\/g;l+\/g)

C. x<1+«/g
D. x>1—«/g

Céu 14: Dao ham ctia ham s6 y =log (Zx2 ) la

2.In10 2
A y'= B. y'=
Y X Y x.In10
o 1 D. In10
2x*.In10 2x*

Cau 15: Tap xac dinh ctia ham s¢ y =log i
Y
A. (=0;1)U(3;40) B (3;+)
D. R\ {1}

Cau 16: Khang dinh nao sau day la luén luén

C. (1;3)

dang voi moi a, b dwong phan biét khac 1?
A b=a" B.a=p"
C. log,b=log,a D. a'%" =}p'8"

Cau 17: Néu log,6=a va log,7="b thi log,7

bang bao nhiéu?
a
A.log,7 =—— B. log,7 =—
Og3 a—l OgS b_l
b a
C.log,7=— D. log,7 =——
OgS 1_a OgS ].—b

Cau 18: Gia st ti 1€ lam phat cta Viét Nam moi

nam trong 10 nam qua la 5%. Héi néu nam 2007,

gia xang la 12000VND / lit . Hoi nam 2016 gia tién
xang la bao nhiéu tién mot 1it?

A. 11340,00VND/Iit B. 113400VND/ it

C. 18616,94VND/Iit D. 186160,94 VND/lit

X

Cau 19: Tinh dao ham cuia ham s6 y = T ?
x’
2 X
A. y':m
(x2+1)
‘ e"(lnx(x2+1)+2x)+1
By (x2+1)
2 X
Cy'= (x 1)62
(x +1)
b, (lnx(x2+1) )

(x +1)
Cau 20: Néu (\/B—\/E)X >(«/B+\/E) thi

A.x>1 B.x<1 C x>-1 D.x<-1
Cau 21: Ho tat ca cac nguyén ham ctia ham s&

f(x)=3x+2 1a
A. If(x)dx=§(3x+2)\/3x+2 +c

B. jf(x)dx=§(3x+2)\/3x+2 +c
C. If(x)dx=%(3x+2)«/3x+2 +c

D. [f(x dx_2J3x_+

Cau 22: Khi quan sat mot dam vi khudn trong
phong thi nghiém ngwoi ta thdy tai ngay thit x c6

00 . .,
va lac
+x

s0 luong la N(x) . Biét rang N'(x) =

dau s6 luong vi khudn la 5000 con .Vay ngay thi
12 s6 lwong vi khuan 1a?
A.10130 B.5130 C. 5154 D. 10129

Cau 23: Cho d6 thi ham s6 y = f (x) Dién tich
hinh phang (phan gach chéo) trong hinh duoc
tinh theo cong thitc
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y=f(x)

4

B
A. jzf(x)dx B. ff(x)dxntif(x)dx

0 3 0 3
C. J f(x)dx —jf(x)dx D. If(x)dx+ff(x)dx
2 0 -2 0
Cau 24: Tinh thé tich ctia khéi tron xoay khi quay
quanh truc hoanh ctia hinh phing giéi han boi d6
thi ham s6 y = x(4 - x) véi truc hoanh.

A 212 G B. 32 (dvtt)
15 3

c. 227 gy D. 2T (qviy)
15 3

Cau 25: Tich phan J cos’ x.sin xdx bang:
0

3

2

Céu 26: Cho s8 phitc z=a+bi(a,b € R), ménh dé

A — B. C D.0

W

nao sau day la sai?

A. D&i voi sO phtic z, a 1a phan thuc.

B. Diém M(a,b) trong mot hé toa do vudng
gbc clia mat phang duoc goi 1a diém biéu dién s&
phttc z=a+1bi.

C. Ddi véi s phtic z, bi la phan ao.

D. S6 i dwgc goi la don vi ao.

Cau 27: Cho s6 phttc z=7 +6i , tinh md dun ctia

2z% +1 )

sO phtic z, =
A.\3217 B.\85 C.3217 D.85
Cau 28: Cho s0 phtec z, =3+2i, z, =6+5i. S0
phtec lién hop cuia s6 phtic z = 5z, + 6z, la
A. z="51+40i B. z = 51-40i
C. z=48+37i D. z=48-37i
Cau 29: Goi A la tap cac sO phirc thdéa man

2+ =0 thiAla
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A. Tap hop moi s6 thuan ao va sd 0.

B. {+i;0}

C. {—i ; 0}

D. {0}
Cau 30: SO phtrc théa man diéu kién nao thi c6
diém biéu dién & phan gach chéo (ké ca bién)?

A

y

QN
2&2}72 x

A. S8 phttc c6 phan thiee nam trong (—1; 1) va

mod dun nho hon 2.

B. S8 phttc ¢6 phan thuc nam trong [—1; 1] va
mod dun nho hon 2.

C. S8 phtic c6 phan thue nam trong [—1; 1} va
mo dun khong vuot qua 2.

D. S8 phtic c6 phan thyc ndm trong (—1;1) va

mo dun khong vueot qua 2.
Cau 31: Tinh thé tich kh&i rubic mini ( mdi mat
ctia rubic ¢ 9 6 vudng), biét chu vi mdi 6 (6 hinh
vudng trén mot mat) la 4cm ( coi khoang cach
gitta cac khdi vudng gan ké la khong dang ké).

A.27 cm® B. 1728 cm’®

C.1om’ D. 9 cm®
Cau 32: Trong cac ménh dé sau ménh dé nao sai?

A. Hinh tao bdi mét s6 htru han da giac dwgc
goi la hinh da dién.

B. Khoi da dién bao gom khong gian dwoc gioi
han boi hinh da dién va ca hinh da dién d6.

C. Mdi canh ctia mét da gidc trong hinh da
dién la canh chung ctia dang hai da giac.

D. Hai da giac bat ki trong hinh da dién hoac
la khong c6 diém chung, hodc 1a c6 mét dinh
chung, hodc c6 mét canh chung.

Cau 33: Cho hinh chép t& giac déu S.ABCD . Goi
A’, B’, C’, D’ theo thtt ty 1a trung di€ém cta AB,
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BC, CD, DA. Khi d6 ti sO thé tich cuia hai khoi
chép S.A'B'C'D' va S.ABCD bang?
1 1 1 1

A — B. — C. - D. -
2 3 4 8

Cau 34: Khi san xudt vo lon sita Ong Tho hinh
tru, cac nha san xuat ludn dat chi tiéu sao cho chi
phi san xudt vo lon la nhé nhat, tircla nguyén liéu
(sat tay) dwoc dung la it nhat. Hoéi khi d6 tong
dién tich toan phan ctia lon stta 1a bao nhiéu, khi

nha san xuat mudn thé tich ctia hop la V em®.

Cau 35: Tinh thé tich ctia vat thé tron xoay thu
dwoc sau khi quay ntta duong tron tam O duwong
kinh AB quanh truc AB, biét AB=47

A. 2567 ( dvtt) B. 32n( dvtt)

256

C. ?TC (tht) D. %T{: (tht)

Cau 36: Trong khong gian, cho tam gidc ABC

a3

vuong tai C c6 duong cao ké tix Cla h= >
CA =a . Khi d6 duong sinh I ctia hinh nén nhan
duoc khi quay tam gidc ABC quan truc CA la?
A.l=a B.l=y2a C.1=\3a D.1=2a
Cau 37: Cho hinh chép S.ABCD c6 day la hinh
cht nhat, AB=a, AD=2a va SA=2a vudng goc
v6i day. Tinh thé tich cua hinh chép S.ABCD ?

A. %f (dvtt) B. 44’ (dvtt)

C. %Lf (dvtt) D. 24° (dvtt)

Cau 38: Mot hinh hop chir nhat ndi tiép mat cau
cO ba kich thwdc 1a a,b,c. Khi d6 ban kinh r ctia

mat cau bang?

B. Ja* +b* + ¢
' 2 2 2
C. 4/2(az+bz+c2) D.%M

Cau 39: Mot hinh tru ¢6 2 day la hinh tron ndi tiép
mot hinh vudng canh a. Tinh thé tich ctia khéi tru

A. 1 a +b*+c*
2

do, biét chiéu cao cua khoi tru 1a a?

A. 151371:
2

B. sr Clin D.an

4 3
Céu 40: Khai niém nao sau day dung vdéi khoi
chép?

A.la hinh c6 day la moét da giac va cac mat
bén la cac tam gidc c6 chung moét dinh.

B. 1a phan khong gian dwoc gidi han boi hinh
chop va ca hinh chop do.

C. la phan khong gian duoc gidi han boi hinh
chop.

D. la khéi da dién c6 hinh dang 1a hinh chép.
Cau 41: Cho mjt phang (P):5x+6y+2=0.
Vecto phép tuyén cua (P) la:

A. n=(5,6,0) B. n=(-6,5,0)
C. n=(5,6,2) D. (-5,6,2)

Cau 42: Cho 3 diém A(6,9,1),B(-2,1,-3),
C(-1,1,0). Viét phwrong trinh mét phing ( ABC).

A. (ABC):=6x +5y +2z-11=0

B. (ABC):3x -5y -2z +11=0

C. (ABC):6x -5y —2z-11=0

D. Khong viét duoc do khong du div kién.
CA4u 43: Cho mat cau:

(5):(x—1) +(y—2) +(z—6) =25.
Tim tAm I, ban kinh R ctia mat cau (S)

A.1(1,2;6);R=5  B.I(-1,-2;-6);R=5
C. I(1;2;6);R=25  D.I(-1;,-2;-6);R=25
Cau 44: Trong khong gian cho diém A (2; 6; 9) va

mit phang (P):x+2y+3z+9=0.
C 2
Tinh x= 3d(A,(P))

_ 2514 _ 50414

A. x X
7 21
C. x:% D. x=50

Cau 45: Trong khong gian vdi hé toa dd Oxyz, cho
y-1 z-2
=

trinh mat phang (P) di qua A va cach A(l; 1 3)

duong thang A:%z . Viét phuong

mot khoang 16n nhat.
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A. (P):—6x+6y—3z=0

B. (P):6x+6y +3z=0

C. (P):6x+12y—21z—-28=0

D. Khong cé mat phang nao théa man.
Cau 46: Cho mat cau (S) tam 1(1; 1 3) tiép xtc
véi mat phang (P) :x+2y+2z+9=0. Viét
phuong trinh médt cau (S) ?

A.(S):x* +y* +2° —2x -2y —62-36=0

B. (S):x* +y* +2° +2x+2y+62-25=0

C. (S):x® +y* +2° —2x—2y—62-25=0

D. (S):x® +y* +2° —2x—2y—6z-18=0
Cau 47: Trong khong gian vdi hé toa dd Oxyz, cho
diém M (2; 0;1) , tim toa d6 hinh chiéu ctia diém

M 1én dudng théng d: 3 —L-¥ _2=2
1 2 1

A. (1,0;2) B.(-1;1,2) C. (0;2;1) D.(1,1,2)

Cau 48: Trong khong gian véi hé truc toa do
Oxyz, cho 3 diém A(0;6;0); B(0;0;8) va
C (4; 0;8) . Ménh dé nao sau day la dung?
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A. BC vudng goc vdi CA.
B. BC vudng géc v6i mit phang (OAB)
C. AB vudng goc véi AC.
D. A va cau B déu dung.
Cau 49: Cho m=0
x-1 y-3 z+5 y

va duong thing

d cit duong thang
m 1 m
x=t+5

A:3y=2t+3 .Gia trim la:
z=—t+3

A. mot sd nguyén duong.

B. mot s nguyén am.

C. mot s6 hitu ti duong.

D. mdt so htru ti am.
Cau 50: Trong khong gian vdi hé toa dd Oxyz, cho
diém S (1; 2; —1) va tam giac ABC c6 dién tich
bang 6 nam trén mat phang
(P) :x—2y+z+2=0. Tinh thé tich khoi chop
S.ABC?

A V=26 B. V:ﬁ

C. V=6 D. V=4
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DAP AN
1A 2D 3B 4B 5C 6A 7B 8D 9B 10A
11D 12B 13A 14B 15A 16D 17A 18C 19C 20D
21B 22A 23C 24C 25B 26C 27A 28B 29A 30C
31A 32A 33A 34B 35D 36A 37A 38A 39B 40B
41A 42A 43A 44B 45A 46C 47A 48B 49C 50B

HUONG DAN GIAI CHI TIET

Cau 1: Dap an A.

Phdn tich: Day 1a mot cau hoi rat dé gay sai lam.
Véi cau hoi nhu thé nay, néu khong nam chac li
thuyét nhiéu doc gia sé khong tim dwoc cau tra
loi ding. Tuy nhién day khong phai la mot kién
thirc kho qud, khong can tim dau xa, theo dinh
ly trang 6 sach giao khoa ta c6:

“Choham s6 y = f (x) c6 dao ham trén K.

a. Néu f'(x) >0 vdi moi x thudc K thi ham sd
f(x) dong bién trén K.

b. Néu f'(x) <0 vdi moi x thudc K thi ham sd

f (x) nghich bién trén K.”

Chung ta nhan thay ro ¢ day, chi c6 chiéu suy ra
va khong c6 chiéu nguoc lai, vay chung ta c6 thé
loai dwocy C.

Véi y B thi ta thady néu dao ham khong xac dinh
tai hai di€ém dau mut thi ménh dé nay khong
twong duong vi du nhw ham y = Jx c6 dao ham

1

y'=——= khong xac dinh tai x=0nhung van

2x
dong bién trén [0; 2] vay ro rang dau tuong
duwong ¢ day la sai .
Véiy A va D, soi vao dinh ly chiing ta c6 thé
thdy dugc y A dung.
Visao y D lai sai. Chting ta cung nhd lai dinh ly
mo rong o trang 7 SGK, va nhan thdy ménh dé
nay con thiéu rang f (x) =0 tai httu han diém.
Cau 2: Pap an D.
Phdn tich: Nhan thdy day la d6 thi ham bac ba
nén ta co thé loai ngay dap an B va C.
Dé€ so sanh gitra y A va D thi chiing ta cing dén
vOi bang tong quat cac dang d6 thi ciia ham bac
3

y=ax’ +bx’ +cx+d.(a=0) (da duoc dé cap o
trang 35 SGK co ban)

Nhin vao bang ta nhan thay véi y D c6 hé s6
a=1>0 nén dung dang do6 thi ta chon dap an D.
( Ngoai ra cac em nén tim hiéu bang trang 38
SGK vé ham bic 4 trung phuong, bang trang 41
SGK co ban vé ham phan thitc bac nhat).

Cau 3: Dap an B.

Phdn tich: Ta tinh dao ham ctia ham s duoc
y'=-x* —1, nhan thdy phuong trinh y'=0 vd
nghiém, nén ddp an dung la B, khong c6 cuc tri.
Cau 4: Dap an B

Phan tich:Ta cung di phan tich tirng ménh dé
mot:

(1) : O ménh dé nay, nhiéu quy doc gia sé c6 sai

[Am nhuw sau:

Viy'=

~<0 VxeD nén ham s6 nghich

(x-3)
bién trén D.
Phn tich sai lim: O séch gido khoa hién hanh,
khong gidi thiéu khai niém ham sd ( mot bién)

dong bién, nghich bién trén mot tap s, ma chi
gioi thiéu khai niém ham s ( moét bién) dong
bién, nghich bién trén mot khoang, mot doan,
ntra khoang ( ntra doan). Vi thé ménh dé (1) néu
stra lai dung sé la “ Ham s6 nghich bién trén
(—00;3) va (3;+oo).”

(2): Cach giai thich ro rang vé mat toan hoc

limy=1; limy=1= duong thang y=1 la tiém

X+ X%
can ngang ctua d6 thi ham so.

limy = —o0;limy =400 = duwong thiang x=3

x—3" x—3"
la tiém can dung cua d6 thi ham s6.

Vay ménh dé nay la sai.
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Tuy nhién minh hay nh&m nhanh bang cach sau
(chi la lam nhanh thoi)

Dai véi ham phan thirc bac nhat nhu thé nay, ta
nhan thdy phuwong trinh mau s§ < x=3= day
la TCD.

Con tiém can ngang thi y = (hé s6 cua x 0 ti sO)
+ (hé s8 ctia x & mau s6). O vi du nay thi

y :%:1 chinh Ia TCN.

(3) bay la ménh dé dung. Ham phéan thiic bac
nhét khong cé cuc tri.
(4). Tk viéc phan tich ménh dé (2) ta suy ra dugc
ménh dé (4) nay 1a ménh dé dung.
Vay dap an dung cua chung ta la B. (3), (4).
Cau 5: Pap an C.
Phdn tich: Cach 1: Lam theo cac budc thong
thuong:

L xt+1-x2x  —x?+1

(x2 + 1)2 (x2 + 1)2

xe(-1;1) thi y'>0. Vay dép an dung 1a C.
Cach 2: Dung may tinh CASIO fx-570 VN PLUS.
Ta c6 thé nhap ham vao may tinh, dung cong cu
TABLE trong may tinh
Budce 1: &n nut trén mdy tinh
Buwdc 2: An 7 @€ chon chirc nang 7:-TABLE , khi

do may sé hién f(x)= ta nhap ham vao nhuw sau:

. Ta thay voi

m Math

__#
TR =z

An 2 Ian = va méy hién START?, ta 4n -3 =, may
hién END? Ta an 3 =. STEP? Ta gitt nguyén 1 va
an =. ( Ly giai vi sao chon khoang xét la -3 dén 3:
vi & dap 4n la céc khoang (—o,-1);(~1,1);(1; +0)
vi thé ta sé xét ttr -3 dén 3 d&€ nhan ro dwoc xem
ham s& dong bién nghich bién trén khoang
nao?)

Budc 3: Sau khi két thac cac budc trén may sé

hién nhu sau:

Fomn |
| &5 -0.3
al 3| -maq
5l -Fl -ols

O bén tay trdi, cot X chinh la céc gia tri ctia x
chay tir -3 dén 3, ¢ tay phai cot F(x) chinh 1a cac
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gia tri ctia y twong tng véi X ¢ ot trai. Khi an
not ( xudng) ta nhan thay tir gia tri X =-1
dén X =1 laham F(x) c6 gia tri tang dan, vay &
khoang (~1;1) 1a ham s& dong bién. Vay dap én
dung la C.

Cau 6: Dap an A.

Phdn tich: Nhin qua dé bai thi ta c6 thé danh gia
rang day la mot cau hoi dé &n diém, tuy nhién
nhiéu doc gia d& mac sai Iam nhu sau:

1. Sai [am khi nham 1an cac khéi niém “ gia trj cuc
dai ( cuc dai), gia tri cuc ti€u ( cuc ti€u)”, “ diém
cuc dai, diém cuee tiéu” cua ham so.

O day ching ta cting nhéc lai nhitng khai niém

nay:

“Néuham s6 f (x) dat cuee dai (cyc tiéu) tai x,
thi x, dwoc goi la diém cuc dai ( diém cuc tiéu)
cta ham so, f (xo ) dwoc goi la gia tri cwc dai ( gia
tri cuc ti€u) con goi la cuc dai ( cwc ti€u) ctia ham
s6. biém M (xo i f (x0 )) dwoc goi 1a diém cuc dai

(diém cuc ti€u) ctia 6 thi ham s6.”

Chung ta nhan thdy néu nham lan gitra cac khai
niém diém cuc dai cua ham sd, va cuc dai cua
ham s4 thi chac han quy ddc gia da sai khi nham
1an gitta y D, C v6i 2 y con lai. Vi 6 y D 1a diém
cue dai ciia ham s6 ch khong phai cuc dai.
2. Sai lam khi phan biét gitta gia tri cuec dai va gia
tri cuee tiéu ctia ham so :
O day vi day 1a ham bac bon trung phuong c6 hé
s a=1>0 nén do6 thi ham s6 cé 1 diém cuc dai
tai x =0 (xem lai bang dang ctia d6 thi ham trung
phuong trang 38 SGK) = gia tri cuirc dai cia ham
s61a yo, = f(0)=2. Vay ddp anla A.
Cau 7: Dap an B.

2x X
N

= ham s6 khong c¢6 dao ham tai x=0

Phdn tich: Ta cé y' :(\/x_z) =

Ta c6 thé loai ngay hai phuong an sau vi ham s6
nay khong cé dao ham tai x=0.

Tuy nhién ta thdy ham s§ van dat cuc tiéu tai
x=0. Nén dap an B dung.

Cau 8: Dap an D.
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Day 1a mot cau hoi dé 18y diém. D& tim dwoc
GTNN ctia ham so0 trén doan [—4;4} ta giai

phuwong trinh y'=0< =

. Ta Tan luwot so

sénh  f(—4) , f(4),f(-1),f(3) thi thay
f(—4)=-70 1a nho nhét. Vay dap én diing 1a D.
Cau 9: Dap an B.
Céch giai nhanh bang MTCT.
Nhan xét x#3 vay phuong trinh hoanh d¢ giao
diém cua do thi phai c¢6 2 nghiém phan biét khac
3.
Phuong trinh <> x* —3mx = (mx —7)(x - 3)
Dung mdy tinh an nut MODE| chon 2: CMPLX
(dinh dang s6 phtic)
Nhap vao may tinh nhu sau:

(x> - 3iX) -(x-3) (iX-7)

CMPLE Math &

Li=-3ix) - E.‘-'i 30k

|
An CALC va gan X=100 tir d6 man hinh hién

két qua nhu sau
CMPLY Math &

(A= -2ix)- li}i 31k
| 10679-100004

10679=106 79 =x> +6x+ x —21=x> +7x - 21
10000=1 00 00 = x*

Vay phuong trinh

o +7x=21-mx* =0 (1-m)x* +7x-21=0

Dé phuong trinh ¢6 2 nghiém phan biét khac 3 thi

{f(za);to

7* —4(1-m).(-21)>0
V€ dau ctia hé ta khong can giai dé sau do thay
vao. Phuong trinh (2) <>m< % vam#1.

Phin tich sai ldm: Rat nhiéu em hay mac sai [am

la thiéu mat diéu kién la 2 nghiém phan biét khac
3 1a sai. Nhiéu doc gia khac lai mac sai lam khi
giai bat phuong trinh cu6i cung, nham dau,
khong dao dau bat phuong trinh,... Vi thé quy
ddc gia phai hét stic can than tinh toan khi lam
bai.

Cau 10: Dap an A.
Phin tich: Goi d0 dai canh hinh tam gidc déu la

x (m) khi d6 d6 dai canh hinh vudng 1a 2=3%
Tong dién tich khi d6 1a
2
S 3. (63 =l((9+4\/§)x2 —36x+36)
4 4 16
Dién tich nho nhét khi x=—2 =18
2a 94443
18

Vay dién tich Min khi x =

9+443
Hodc dén day ta cd thé bdm may tinh giai

phuong trinh (9 + 4\/5) x* —36x +36 anbang va

hién gia tri

Math Wk

A=Yalue Hlnlmum-

Sd—Fd4d5
11

Day chinh 1a ddp 4an A ma ta vira tim duoc o trén.
Cau 11: Bap an D.

Phan tich:
. C 2 x=0
Giai phuong trinh x° -2x =0 < v
Tacéd limy=—c ; lim=+0 ,suy ra x=0 la 1
x—0" x—0"
TCD.

lim y = +o0 lim =—oo, suyra x=2 la1l TCD.

x—2"

limy=2, 11m 2, suyra y=2 lalTCN.

Vay dap anla D, 3 tiém can.
Cau 12: Dap an B.
Phuong trinh «<>2x-3=5" < x=1564 .
Dap an B.
Nhin xét: O day, nhiéu doc gia khong ndm rd
dugc kién thac ly thuyét vé logarit, nén giai sai
nhu sau
Huéng giai sai 1:
log, (2x—3)=5©2x—3=5©x=4:> dap an
C.
Hudng gidi sai 2: log, (2x—-3)=5<2x—-3=1 (vi

nghi szgzl = dap an D.
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Vi thé & day, t6i mudn chu y véi quy ddc gia rang,
can ndm rd ban chat coi nguon cac khai niém dé
lam bai thi mot cach chinh xac nhét, tranh nhiing
sai lJam khong dang co.

Cau 13: Dap an A.

0
Phan tich: Didu kién {x <
x>2
Khi d6 bat phuong trinh

x>1+\/g
x<1—«/g

2% —4x>10 < 242 —4x—10>0<:{

Chon dap an A.

Gidi thieu thém: trong may tinh Casio 570 VN
Plus ¢6 tinh nang giai bat phuong trinh da thic
bac 2, bac 3. Cac ban chi can an — miii
tén xudng va chon 1:INEQ ( inequality), sau dé
chon céc dang bt phuong trinh phu hop.

Cau 14: Dap an B.

Taco (loga u)' = . Ap dung vao ham s& trén

u.lna
4x

2x*.In10 x.In10

Cau 15: Dap an A.

Phan tich:

Day 1a mot cau dé &n diém nén chiing ta can chu

y can than tting chi tiét:

O day c6 2 diéu kién can dap tng:

taco y'= = dap an B.

1. biéu kién d€ ham phan thiic ¢6 nghia
2. biéu kién d€ ham log xac dinh

x#1 |:x>3

Vay taco {(x—B)(x—1)>0<:>

x<1

Dap an A.

Cau 16: Dap an D.

Phin tich: Nhan thay a, b 1a 2 s6 dwong phan biét:
Voiy A.

1
<log, b=logh < ol =logb
loga
b=1
< logb=loga.logh <
a=10

( khong luon dung véi moi a, b)

Tuong tu véiy B.

Véi § C.Ta c6 C o080 1082 401y ohan
loga logb

biét nén dang thitc khong dung.
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Theo pp loai trtt ta chon dap an D.

Ta cung chtirg minh dap an D.

D < loga® =logh'™®" < logb.loga =loga.logb
(ludn dung)

TH2: Néu khong nghi ra hudng giai quyét nao, ta
6 thé dung may tinh va thay 2 s0 4, b bat ki thoa
man yéu cau dé soat dap an ( do ludn dung). Ta
cling chon dugc dap an D.

Cau 17: Pap an A.

Phén tich: Véi dang bai bidu dién mot logarit
theo 2 logarit da cho thi budc dau tién 1a chuyén

log co s6 can tim vé co s6 ban dau, réi phan tach

nhu sau:

Ta co 10g37:10g27: b _ b
log,3 log,6-log,2 a-1

Vay dap an la A.

Cau 18: Pap an C.

Phdn tich: Day la bai toan ing dung vé ham s6
mii ma chung ta da hoc, bai toan rat hon gian.
Tuy nhién nhidu doc gia c6 thé mac sai [am nhuw
sau:

Loi gidi sai:

Gia xang 9 nam sau la

12000(1+0.05).9 =113400VND/lit . Va chon A
hay B ( do nhin nham chang han)

Loi gidi diing:

Gi4 xdng ndm 2008 1a 12000(1+0.05)

Gi4 xang nam 2009 la 12000(1+0.05)’

Gia xang nam 2016 la

12000(1+0.05) ~ 18615,94VND / lit

Dap an dungla C.

Cau 19: Pap an C.

Phan tich: Day la bai toan tinh dao ham doi héi
quy doc gia phai nhé cdng thike. Ta cling nhéc lai

cac cong thirc dao ham can st dung

(B2
Vay ¢ day ylze"(x2+1)—22x.e" =(x_1)2e;
(x2+1) (x2+1)

Vay ta chon dap an C.

Ngoai ra cac ban c6 thé st dung nat
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m Math

% (0] x=m

trén may tinh roi thir tieng dap an, tuy nhién day
la mot bai toan dao ham kha don gian nén ta
khong can thiét st dung mdy tinh, sé lam t6n thoi
gian hon rat nhiéu.

Cau 20: Pap an D.

Phin tich: Ta thady VT c6 thé nhan lién hop dé
tao ra co s6 & VP

= (B -

o (VE-2) »(VB-EE)

Dén day rat nhiéu doc gia mac sai lam ma chon y
C. Do mudn lam bai that nhanh chéng ma khong
dé€ y dén yéu td la can phai can than. Do co s6
0<+13-12<1 nén bpt ©x<-1 . Dap an
dung la D.

Cau 21: Pap an B

Phan tich: Day la dang tim nguyén ham co ban

1 n+1

J.M"dXZW.M +C

Ap dung cong thikc trén vao thi

If“””:;7%?‘<*§:5f;+c
)

:§(3x+2)\/3x+2 +c

Pap an B.
Ngoai ra ta c6 thé an vao mdy tinh va thi ting
dap an mot, trong may tinh ta sit dung nut

[ m Math

|J§ndH

Cau 22: Dap an A.

Phan tich:

Thuee chdt day la mot bai toan tim nguyén ham.
Cho N'(x) vaditim N(x) .

Ta co .[ 2000
1+x

dau khoi luong vi khuan la 5000) .V6i x =12 thi

s0 luong vi khuan la ~10130 con

Dap an A.

dx =2000.In[1+x|+5000 ( Do ban

Cau 23: Dap an C.
Phdn tich: Nhin vao db thi ta thdy f(x)>0 véi

xe[—2;0] =5, =j;f(x)dx

f(x)<0 véi xe[0;3]

=S, =:[f(x)dx=—_|.f(x)dx

0
Ta chon dap an C.
Phén tich sai ldm: Nhiéu ddc gia nghi ct tich

phén S, thi x phai chay tir sG bé dén s6 lon. Tuy
nhién ta phai xét ro xem f (x) am hay duong trén
doan d6. Vi sai [am nay nén nhiéu dgc gia sé chon
dap an D. Hoac nhiéu ban nham ddu gitta x va
f(x) nén chon dap an B 1a sai.

Céu 24: Dap an C.

Phdn tich: V6i dang nay ta can nhé cong thie

b
tinh V,,, = f*(x)dx (dvtt).

Dau tién ta tim giao cua do thi vdoi Ox ta dugc
x=0vx=4.
Luc nay ta chi can nhép biéu thiic vao may tinh

nhu sau:
- m Math A
T 2 CAC4-K0 02 iy
=3
15 ¥
Vay dép anla C.

Nhiéu ban hay sai khi thiéu © hodc thi€u binh
phuong nén chon cac dap an con lai. Cac ban chu
y nhé chinh xdc cong thirc va tinh toan that can
than nhé.

Cau 25: Dap an B.

Cach 1: Cac ban doc gia thay o day

sinx=—(cosx)".

Ta sé chuyén vé dang T f(u)u'dx
Gidi toan thong thubn;r:

—]:cosz i (cosx) = S+ cos* x|

1 1 2
——g(cosn—COSO)——g(—l—l)—g

Céch 2: Cac ban chi can nhéap vao mdy tinh 1a c6
két qua, day la cau hoi dé an diém nén cac ban
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doc gia luu y can hét stic can than trong tinh toan
dé khong bi mat diém phan nay. Nhap két qua
vao may tinh ta tinh dwgc dap an B. Cac ban nhé
chuyén sang ché d6 Radian khi tinh toan nhé.
Cau 26: Dap an C

Phan tich: Day 1a mot cau hoi li thuyét rat dé gay
hiéu Tam. Vi thé cac ban doc gia nén doc ki ting
ménh dé dé két luan xem ménh dé nao dung,
ménh dé nao sai.

V6i ménh dé thit nhat va ménh dé tha 3, ta cung
quay lai voi trang 130 SGK co ban:

“Poi véi sO phie z =ax + bi, tandiala phan thueg,
bla phan ao cua z.”

Vay ta c6 thé suy ra A dang, C sai.

Phin tich sai lim: & day rat nhiéu ban nghi rang

cau C la dung vi thé dan dén béi r6i trong viéc
xét cac cau con lai. Tuy nhién cdc ban doc gid nhé
ki rang phan 3o chi ¢6 b ma khéng c6 i . Cac
ménh dé con lai la ding, tuy nhién cac ban nén
doc ca nhitng ménh dé dé va ghi nhd ludn, vi
ching ta dang trong qua trinh on tap nén viéc
nay la rat can thiét.
Cau 27: Dap an A.
Phdn tich: Cach giai toan thong thuong
. 22-(7+6i)2 +1_98+168i +72i% +1

! 3 3
27 +168i

=9+ 561

(do i*=-1)

bén day nhiéu doc gia khong nhé kién thiec mé-
dun la gi dan dén két qua sai khong dang cé nhu
sau:

(M6 dun ctia z,)=9% + 56> =3217 = d4p an C.
Vi thé quy ddc gid can nam 13 cac cong thiic:

Mb dun ctia s§ phirc z ki hiéu la |z

, €O gia tri
|| =|a + bi|=a® +b*, hay chinh 1a do dai cua
vecto OM ( véi M 1a diém biéu dién sd phtrc
z=a+bi.)

Cach bam may tinh nhanh: Néu ban nao c6 tu
duy nham tot thi c¢6 thé nhdm nhanh theo cach
trén, con néu tw duy nham khong dwgc tot, cac

ban c6 thé thao tac trén mdy tinh nhu sau: (boi vi
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nhiéu khi thoi gian cdc ban nham con nhanh hon
la thoi gian cam may tinh lén va bAm ting nt)
Budc 1: An nut trén may tinh, chon ché
dd phttc 2: CMPLX bang cach &n ntit 3 2.

Budc 2: Nhap vao may tinh nhu sau

CHMFPLE Fi| Math &
FITHEA1Z 41
. =

9+361

Tt d6 ta tim dwoc s6 phite z, va di tinh m6 dun
s0 phttc nhu cach 1.
Cau 28: Dap an B.
Phan tich
Cacbudc dé lam dang toan nay nhu sau: Quy doc
gia lan luot thé z ,z, vao biéu thic z tir d6 tim
dwoc z. Hoac nhap vao may tinh nhu cac budc da
hudéng dan & Cau 27 thi ta tinh dwoc két qua nhuw
sau
z="5(3+2i)+6(6+5i) =51+40i . Dén day nhiéu
ban vi vang khoanh A, dan dén két qua sai. Vio
day la tim s6 phttc lién hop ctia z cht khong phai
tim z. Vay dép an cta tala B.
Hoédc nhiéu ban bdm nham may tinh c6 thé ra cac
két qua khac nhu C hodc D. Vi vy moét lan niva
chi khuyén cac ban can hét stic can than khi doc
dé bai, khi tinh toan.
Cau 29: Dap an A.
Phin tich: Ta c6
& a® +2abi + 0717 +a® +b* =0 2a” + 2abi =0
< 2a(a+bi)=0
(doi*=-1)

a=0

a+bi=0<2z=0
Véi a=0 thi z=0+0bi la s thuan ao.
Véi z=0.
Vay dép an dungla A.
Nhiéu doc gia gdp bai toan nay sé thdy bai rdi, va
thr cac gia tri B, C hodc D vao thdy thao man sé
khoanh ngay, d6 la cac két qua sai. Vi thé cac ban
can giai ra xem két qua rd rang nhu thé nao nhé.
Cau 30: Pap an C.
Phén tich: Nhé lai khéi niém vé diém biéu dién
s0 phtec, cung xem lai & dap an B, cau 26.
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Vay & day ta thay néu lay mot diém bat ki trong
-1<a<1

phan gach chéo la M(a,b) thi{ _ "
OM<2

Vay dap an cua chung ta la C.

Phdn tich sai ldm: Nhiéu ban khong phan biét

dwoc gitta cac khai niém “nho hon” va “khoéng
vuot qua”.

O day vi du: khong vuot qué 2 1a bao gom ca 2.
Con nhoé hon 2 la khong bao gom 2.

Hodc nhiéu ban quén khong tinh ca cac diém
nam trén dudng tron téng phan gach chéo, va cac
diém nam trén 2 duong thang x = —1;x =1 trong
phan gach chéo. Dan dén khoanh vao cac ddp 4n
con lai nhu A, B hoac D.

Cau 31: Dap an A.

Phdn tich: Day la mot bai toan an diém, nhung
néu doc khong ki ting cau chit trong dé bai cac
ddc gia rat c6 thé sai

Ta c¢6 khdi rubic nhu sau:

Huéng sai 1: Nghi rang mdi canh ctia 6 vudng la
4 nén chitéu dai mdi canh cua khéi rubic la
1=43=12=V =12° =1728 =B

Huéng sai 2: Nghi rang chu vi mdi 6 vudng 1a tong
d6 dai ctia ca 12 canh nén chiéu dai mdi canh la
3/ nén do dai canh cua khéi rubic la
a=%.3=1:>V=13 =1=C.

Huéng sai 3: Nham cong thirc thé tich sang cong
thizc tinh dién tich nén suy ra y D.

Cach lam ding: Chu vi cia mot 6 nhoé la 4 cm nén
do dai moi canh nhé 1a 1cm, vay d6 dai canh cua
khoi rubic la a=3.1=3cm =V =3.33=27cm’.
Dap an A.

Cau 32: Dap an A.

Phdn tich: Day la mot cau hoi ly thuyét doi hoi
quy doc gia can ndm viing cac kién thizc vé khoi
da dién, hinh da dién, ti xin dwoc nhic lai nhw

sau:

Hinh da dién la hinh dwoc tao bdi mot s6 hiru

han cac da giac thoa man hai tinh chét:

a. Hai da giac bat ki hodc khong c6 diém chung,

hoac c6 mot dinh chung, hodc c6 mot canh chung.

b. Mbi canh ctia da gidc la canh chung cua ding

hai da giac.

+Khdi da dién la phan khong gian duoc gidi han
boi mot hinh da dién, ké ca hinh da dién do.

Vay tir cac thong tin ma toi da dua ra ¢ trén, quy
doc gia c6 thé nhan ra duoc cacy B, C, D 1a cac
dap an dung. Con dap an A khong théa man tinh
chét ctia hinh da dién, thiéu han 2 diéu kién du
quan trong d€ ¢ hinh da dién. Dap an A.

Cha : D& c6 thé lam duoc cac cau trac nghiém ly
thuyét mot cach nhanh chéng, cac ban nén nam
chéc kién thtic 1i thuyét, phan biét rd rang ting
khaéi niém, va ddc biét 1a hiéu rd ban chat cac dinh
ly, khai niém trong sach gido khoa ( mot phwong
tién rat can thiét trong viéc o6n thi THPT QG).
Cau 33: Dap an A.

Phin_tich: Ta thdy 2 hinh chép S.ABCD va
S.A'B'C'D'. C6 chung chiéu cao ké tir dinh S
xudng day. Vay d€ di tim ti s6 khoang cach thi
chung ta chi can tim ti s6 dién tich 2 day ma ta c6

hinh vé nhu sau:

A A’ B

D’ B’

D C/ C
Ta thdy

2

' ' [ ' a\/E az 1
SA'B'C'D' =A'D".A'B Z(TJ ZEZESABCD
= VA'B'C'D' :1

VABCD 2

dap an A.

Phin tich sai lim: O day chu yéu quy doc gia c6

thé bi sai lam vé mat tinh todn, nén mot [an nira

t6i xin lwru y réng, khi lam bai thi, mong rang quy
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doc gia hay cd gang that can than trong tinh toan
dé lam bai thi mot cadch chinh xac nhét.

Cau 34: Dap an B.

Phin tich: Day la bai toan vira két hop yéu to
hinh hoc va yéu td dai s6. Yéu td hinh hoc ¢ day
la cdc cong thikc tinh dién tich toan phén, dién
tich xung quanh, thé tich ctia hinh tru. Con yéu
t6 dai s6 ¢ day la im GTNN cua S, .

Ta c6 yéu t8 dé bai cho V = Bl = tR? h = h = —

nR?

)
Stp=S,+2S,, = 2.nR* +2nR.h

=2 TER2+7IZR.L =2 1IRZ+Z
nR? R

bén day ta cd hai hudng giai quyét, d6 1a tim dao
ham r6i xét y'=0 r6i vé BBT tim GTNN. Tuy
nhién ¢ day toi gioi thiéu dén quy doc gia cach
lam nhanh bang BDT Cauchy.

Ta nhan thay ¢ day chi c6 mot bién R va bac cua
R 6 hang ttr thit nhét 1a bac 2, nhung bac cua R &
hang ti thit 2 chi la 1. Vay lam thé nao dé€ khi ap
dung BDT Cauchy triét tiéu duoc bién R. Ta sé
tim cach tach % thanh 2 hang t&t bang nhau dé

khi nhan vao triét tiéu dwoc R* ban dau. Khi d6

ta c6 nhu sau:

2
s =2 nR 4L L 22.343’“‘/ = dép 4n B.
v 2R 2R 4

Cau 35: Dap an D.

Phdn tich: Khi quay ntta duong tron quanh truc

AB ta duoc khéi cau tam O, ban kinh % _2.

Khido V. =2aro =2 120 2320 (v
3™ 73 3

cau

Nhiéu ban c6 thé nhé nham cong thiec tinh thé
tich khoi cau thanh cong thiec tinh dién tich mat
cau S=4nR*dan dén chon phuong an B 1a sai.
Hodc nhiéu ban lai gitt nguyén duong kinh AB
nhu thé va ap dung cho cdng thirc vdi ban kinh
dan dén khoanh y A, hay y C. Nén c4c ban luu y
doc that ki dé bai va nh¢ chinh xac cong thc.
Cau 36: Dap an D

Phan tich: Puong sinh ctia hinh nén quay dwoc
thue chat chinh 1a canh huyén AB ctia tam giac

Lovebook.vn 1156

vuong ABC. Ma tam gidc vudng da c6 mot canh
bén va duong cao, ta chi can ap dung cong thuc
hé thitc lwong trong tam giac :

1 1 1 - 4 1 1

W CA’ CB 3@ & CPB
—CB=a\/3= AB=2a

( theo dinh ly Pytago).

Cau 37: Dap an A.

Phan tich:

Vs apep = %'SABCD h= %'SABCD SA=

1 AB.AD.SA = 1 a2a2a= 4 a’
3 3 3

Chil 1 6 bdi ndy: Can than trong tinh toan va nhé

~ A ’ aA A .9 N A~ 1 A x
ki cong thitc. Nhiéu doc gia quén mat 3 nén dan

dén tinh sai cong thitc, mot cau hoi rat dé an
diém.

Cau 38: Dap an A.

Phdn tich: Ta c6 tam ctia mat cau ngoai ti€p hinh
hop chit nhat trung véi tam d6i xing ctia hinh
hop. Nhu hinh lap phuwong ABCD.A’B'C’'D’ c6

tam 12 ], 1a trung diém ctia AC’, bén kinh r = 25

A
Tam gidc  A'C'A vuébng  tai A’
= AC'=VAA?+ A'C? =\ + A'C"? (1)

Midt khac tam gidc A'D'C' vudng tai D’
= A'C'=VA'D?*+D'C? =a* +1* (2)

Tu (1) va (2) ta co r=%.\1a2 +b* +c* .

Cau 39: Dap an B

Phan tich: Ta c6 hinh vé sau

N,
N
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Ta thay hinh tron ndi tiép hinh vudng canh a ¢
duong kinh c6 d6 dai a. Khi d6 thé tich ctia khoi
tru la

2
V=Bh=anR*=an| 2| = 1.a3.n .
2 4

Chu y: Nhiéu ban tim duwgc duong kinh ctia hinh
tron lai quén khong chia 2 d€ tim ban kinh nén ap
dung cong thitc ludn dan dén tinh toan sai va
chon nham keét qua.

Cau 40: Dap an B.

Phdn tich: Nhiéu doc gia c6 thé nham gitra khai
niém hinh chép va khéi chép. Nén khoanh y A.
Tuy nhién cac ban nén phan biét ro rang gitra
hinh chop va khoi chép ndi chung, hay hinh da
dién va khoi da dién ndi riéng.

+ Hinh da dién la hinh dwoc tao boi mot s6 hiru
han cac da giac thoa man hai tinh chat:

a, Hai da gidc bat ki hodc khong cé diém chung,
hodc c6 mot dinh chung, hodc c6 mot canh chung.
b, Mdi canh cua da giac 1a canh chung ctia dung
hai da giac.

+Khdi da dién la phan khong gian duoc gidi han
bdi mét hinh da dién, ké ca hinh da dién do.
Vay khi doc vao tung dap an ¢ day thi ta thay y
A chinh 1a khai niém ctia hinh chép. Y B la khai
niém cta khoi chop. Y C1a ménh dé bi thiéu, yD
sai.

Vay dap anlay B.

Cau 41: Dap an A.

Phin _ tich: Ta ¢ cho mat phang
(P) rax +by +cz+d =0 thi vecto phap tuyén cta
(P) 1a n=(a,b,c).

Ap dung vao bai toan ta  thay
5x+6y +2=5x+6y+0z+2=> n=(5,6,0).

Cau 42: Dap an A.

Phan tich: D& viét duoc phurong trinh mit phang
(ABC ) ta can biét 1 diém trén mat phang, va vtpt
ctia mit phang do.

Viéc tim 1 diém trén mat phang do thi ta khong
can ban tam ntta, vi & day da c6 3 diém roi. Viéc
ching ta can lam ngay lac nay 1a tim vtpt ctia mat
phang (ABC ) Ta cung xem lai phan bai toan
trang 70 SGK Hinh hoc 12 co ban. Va ta thay ¢

day da c6 2 vecto khong cung phuong
AB=(-8,-8,-4), AC=(-7,-8,-1)

=n= [E,A—C}

Ma | AB, AC | = (-24;20;8) do d6 n=(-24;20;8).
(ABC) :qua A(6;9;1) va vtpt ;1:(—24;20;8)
=(ABC):—24.(x-6)+20(y —9)+8(z-1)=0

< (ABC): —24x + 20y +8z — 44 =0.

< —6x+5y+2z-11=0

Phén tich huéng gidi sai ldm:

a. Dau tién, day khong han 1a sai lam, ma 1a lya
chon cach lam khong nhanh chéng. D6 1a nhiéu
doc gia dat phuong trinh cia mit phang
(ABC) cax+by+cz+d=0. Sau d6 thay toa do
tieng di€m vao va giai hé, nhung hé phuong trinh
4 an 3 phuwong trinh nén dén day nhiéu doc gia sé
rat bdi roi. Va nghi dé bai khong cho du dit kién
vi thé khoanh ludn y D.

b. Sai Iam ti€p theo la nhiéu ban khong nhé ro
cong thitc tinh tich c6 hudng, dén day, t6i xin gioi
thiéu véi doc gia cach tinh tich vo hudéng bang
mady tinh cam tay. Di nhién néu ban da nh¢é ro
cong thire, thi khoéng can ap dung cong thire nay.
Buw6c 1: An ntt chon 8:VECTOR — Chon
1: VctA— 1:3

Buwoc 2: Nhap toa do cua vecto AB vao, an dé
x6a man hinh.

Buéc 3: Tiép tuc an nut chon 8:VECTOR
— Chon 2: VctB— 1:3

Bu6c 4: Nhap toa do cua vecto AC vao, an dé

x6a man hinh.

Buw6ce 5: An —> chon 3: VctA, tiép tuc

lap lai budc 5 va chon VctB. Nhan 2 vecto voi
nhau ta dugc két qua nhu sau:

VT B

T an B

-2d
Cau 43: Dap an A.
Cau 44: Dap an B.
Phin tich: Cong thiic tinh khoang cach tir diém
A(Z; 6;9) dén mat phéng (P)
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2+26+39+9 25/14
d(A,(P))=| —— 2':
1" +2°+3
gia dén day da voi vang khoanh y A.

. Nhiéu doc

e s o . n N .. 2
Nhin ki vao bai toan thi con thiéu nhan voi 5

504/21
ol

Khi d6 sau khi nhan vao ta duogc x = n

Cau 45: Dap an A.
Phdn tich:Véi dé bai dang nay, néu lam theo cach
dai s6 vé BBT thi thuee sy rat 1au. Di nhién 1a két
qua van dung néu ban tinh toan can than. Tuy
nhién, t6i mudn gidi thiéu voéi quy doc gia cach
1am hinh hoc dé rtit ngan thoi gian, ma khong can
tinh toan phttc tap.
A

p) A

Vi khoang cach tir A dén mat phang (P) la thay
doi nén can tim mot dai lwong la h?ang sO sao cho
AH = const

Nhan thdy dé cho diém A(1;1;3) va duong
thing A . Vay khoang cach tit A dén A 1a hing
s0. Ttr d6 ta da dinh hudng dwoc cach lam.

Goi H, K Ian luot 1a chan duong vudng goc ké ti
A xudng (P) , A. Tam giac AHK vudng tai H.
= AH<AK=d(A;A)

Dau = xay ra khi va chi khi H=K <:>(P) qua K
vanhan AK lam vtpt.

Vi KeA nén K(t;1+2t;2+2t)

= AK=(t-1,2;2t-1) . Ma AKLA do d6
AKu, =0
S t-1+22t+2(2t-1)=0

<:>9t=3<:>t‘=l
3
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P): Qua K| —;—;— |, va co vipt
( ) Q (3 3 3] P

- (22 1
n=|-—;—=;——=
[ 3’3 3}

oS4

< (P):—6x+6y—3z=0.
Cau 46: Dap an C.
Phin tich: Mt cau (S) tiép xtic véi mat phang
(P):x+2y+2z+9=0thi khoang cach tir I dén
mit phang (P) chinh la ban kinh R.

R [1+1.2+23+9| s

d(13(P)) NaTony

= (8):(x=1) +(y-1) +(z-3) =36

< (S):x* +y* +2° —2x—2y—6z-25=0
Chit 1j: Nhiéu doc gia c6 thé mac mot nham 1an
nho trong viéc tinh todn ban kinh vi khong nhé
chinh xac cong thttc tinh khoang cach. Hay nham
1an khi tinh nhdm viét phwong trinh mit cau. Vi
thé hay can than nhé.
Cau 47: Pap an A.
Phin tich: Doc bai toan nay quy ddc gia co lién
teong dén bai toan nao trong dé nay khong?
Chinh xac la Cau 45. Vay nhu chung ta thay, o
day dé cho diém M, cho duong thing dang chinh
téc c6 han 3 4n. C6 cach nao dé€ chuyén thanh mot
an khong? Luc nay doc gia c6 thé nghi ngay dén
phuong trinh dang tham sd. Sau khi da chuyén
thanh dang tham s0, ta sé dé dang tham s6 duoc
diém H. D& tim dwoc toa d0 diém H ta chi can
mot dit kién nita. Doc tiép dé bai thi ta nhan ra
con dit kién d6 la MH L d. Bai toan dén day da
duoc giai quyét.
Goi H la hinh chi€u cia M(2;0;1) 1én dudng
thang d.

= H(1+426:2+t)= MH = (t-1,26;t +1)

MH.a0 =0 (t=1).1+2t2+(t+1).1=0
<6t=0<t=0=>H(1;0;2) .Dap 4n A.

Cau 48: Dap an B.
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Phan tich: Day la dang toan tim ménh dé dung
vi thé€ ta can kiém tra tirng ménh dé mot cht
khong thé thtr duoc.

Meénh dé A: ta thdy ﬁ=(4;0;0);64=(—4;6;—8)
Nhén thdy BC.CA=0 nén ménh dé A khong
dung, ttr d6 ta loai duoc phuwong an D.

M¢nh dé B: Ta thdy néu BC vudng goc voi mp
(OAB) thi BC song song hodc trung vdi vtpt cua
mp (AOB)

Ma n,,, | OA,OB |=(48;0;0). Nhan thdy BC

OAB
song song vai vtpt ctia (OAB) nén ménh dé nay
dung vay ta chon luén dap an B ma khong can
xét dén C ntra.

Cau 49: Dap an C.

Phin tich: O day ta c6 phuong trinh dwong thang
d dang chinh tic c6 t6i tan 4 dn. Thé tai sao ta
khong chuyén vé dang tham sd dé€ chi con 2 dn
nhi. Sau d6 lan luot cho cac gia tri x,y,z ctia 2
duong thang bang nhau (hay néi cach khac 1a xét
hé 2 giao diém).

1+mt'=t+5
Ta cd hé giao diém nhu sau: {3+t'=2t+3
~S5+mt'=-t+3

r=a { (2m-1)t=4
(2m

=2mt+1=t+5 <
2mt—-5=—t+3 )t

Hé c6 nghiém duy nhat < ——= L
2m 1 2m+1

@ng.DépénC.

Cau 50: Dap an B.

Phdn tich: Nhan thdy khoi chop da c6 dién tich
ddy, viéc ta can lam bay gio la di tim chiéu cao
ctia khoi chép. Ma nhan thdy mat phang ddy da
c6 phuong trinh, biét toa d6 dinh S ta dé dang
tim duwoc khoang cach tir dinh S d&n méat phang
day bang cong thirc tinh khoang cach. Viéc ma
quy doc gia can chu y lac nay chinh la tinh toan
hét sttc can than.

d(s;(P)):|1.1—2.2+1.—1+2| 6

Jre(2yer 3
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DE SO 12
DE TU SOAN 3

Cau 1: Cho ham s8 y = "2 ¢6 do thila (C,).
x_

Tim m d& trén d6 thi (C,,) 6 hai diém P, Q céch
déu hai diém A(-3;4),B(3;-2) va dién tich ti
gidc APBQ béng 24.
{m =2
A.
m=2

C.m=-2

B. m=2

D. khong cé m t/man
2x+1
x —_

Céu 2: Cho ham s8 y = c6 do thi (C) va
cac diém Me (C ) sao cho tong khoang cach ttr
M dén hai duong tiém can bang 4. Hoi c6 may
diém M thdéa man.

A1 B.2 C.3 D.4
Céu 3: Cho db thi ham s8 (C):y=x"—6x" +2.
Tim nhan xét khéng dung trong cac nhan xét sau:

A. D6 thi ham s6 ludn c6 ba diém cyc tri phan
biét khong thang hang.

B. Ham s6 da cho xac dinh va lién tuc trén R.

C. D6 thi ham s6 da cho cé hai diém cuc dai va
mot diém cuc tiéu.

D. D6 thi ham s6 da cho d6i xting qua diém
A(0;2).
Cau 4: Tim m d€ ham s6:
y=(m+1)x’ =3(m+1)x* +2mx+4 dong bién
trén khoang c6 d6 dai khong nho hon 1.

A. me(-9;-1)

B. me(—oo; —9] U(—1;+0)

C. me (—oo; —9}

D. me (—oo;—9) U (—1,' +oo)
Cau 5: Gia st ham s6 f (x) lién tuc trén khoang
(a;b) chtra diém X, va c6 dao ham trén khoang
(4:x,) va (x,;b). Khi d6 ménh dé nao sau day sai:

A. Néu f(x) <0 véi moi xe (a;xo) va
f(x) >0 véimoi x € (xo;b) thi ham s6 f(x) dat
cuce tiéu tai diém X .
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B. Néu f(x) >0 véi moi xe€ (a;xo) va
f(x) <0 véi moi xe (xo;b) thi ham s6 f(x)
dat cuc dai tai diém X,
C. bé ham s6 f(x) dat cuc tri tai X, thi ham
s0 f(x) phai c¢6 dao ham tai X,,.
D.Ham s8 f (x) van c6 thé dat cuc tri tai X,

néu khong ton tai dao ham tai ¥

Cau 6: Goi a la chiéu dai, b la chiéu réng cta hinh
cht nhat c6 dién tich 16n nhat noi ti€p trong
dwong tron ¢ ban kinh R cho trwede, khi do6 a, b

o gia tri:
A a=b=RJ2 B. a=R\3:b=R
C. azi;bzlL/ﬁ D. a=b=R\3

2 2

Cau 7: Cho db thi ham s§ (C)iy=—""1_,
P +x—2

trong cac két luan sau, két luan nao dung:

A. D06 thi ham so (C ) c6 duy nhat mot tiém
can dung la x=-2 va mot tiém can ngang la truc
hoanh.

B. D6 thi ham s6 (C ) c6 hai tiém can dung la
x=-2va x=1 va mot tiém can ngang la truc
hoanh.

C. D6 thi ham s6 (C ) cd mot tiém can ngang
la truc tung va hai tiém can dung la x=-2 va
x=1.

D. Db thi ham s6 (C ) c mdt tiém can ngang
la truc tung va mét tiém can ding duy nhat la
x=1.

A Lo iy o S o L mx+1
Cau 8: V6i gia tri nao cua m thiham s6 y =

x-1
tang trén ting khoang xac dinh?

A.m>0 B.m<-1 C.m>-1 D. m<0
Cau 9: Goi M va m Ian luwot la GTLN va GTNN

ctia ham s6 y=xy1-x" trén tap xac dinh. Khi
d6 M —m bang;
Al B.2
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C.3 D. dap s6 khac
Cau 10: Buong cao tdc mdi xay noi hai thanh phd
A va B, hai thanh phd nay mudn xay mot tram
thu phi va tram xang ¢ trén duong cao toc nhu
hinh vé. D€ tiét kiém chi phi di lai, hai thanh phd
quyét dinh tinh toan xem xay tram thu phi ¢ vi
tri nao d€ tong khoang cach tir hai trung tam
thanh phd dén tram 1a ngan nhat, biét khoang
cach tir trung tam thanh phd A, B dén duong cao
toc lan lwot la 1a 60 km va 40 km va khoang cach
gitta hai trung tdm thanh phd la 120 km(duoc
tinh theo khoang cach cua hinh chiéu vuong goc
cua hai trung tam thanh phd 1én duong cao toc,
tiec la PQ ki hiéu nhw hinh vé). Tim vi tri ctia tram
thu phi va tram xdng? (Gia st chiéu rong cua

tram thu phi khong dang ké).

A
6 £ f
IS
= 4
=
p S 0
) £ 120 -
,,,,,,,,,,,,,,,,,,,,,,,,,, e
§~
=

B. 42 km k& tir Q.
D. tai P.

A. 72 km ké tir P.
C. 48 km ké tie P.
Cau 11: Cho ham so6

y=2x"-3(2m+1)x* +6m(m+1)x+1.

Cau nao sau day la dung?

A. Vi moi m, ham s6 ludn dat cuec tri tai X, X,
va ‘xz —xl‘ =1

B. Toa d¢ diém cuc dai thoa man phwong trinh
y=3x"+1.

C. V6i m=0 thi ham sd déng bién trén
khoang (0; 1).

D. Chi B, C dung.
Cau 12: Cho phuong trinh

2
2 X
log. (x—2) +log.| ——— | =0
g3( ) ga(xz —3x+3J

Tong cac nghiém cta phuwong trinh la:

A4 p. 1L c. 2 D.3
2 >

Cau 13: Cho log,2=a; log,5=b , khi do log, 40

bang:
A.3a-b B.a+3b C.3a+b D.a-3b
Cau 14: Tim dao ham ctia ham s6 y = % .
e +e
2(@2" +e’2") , 2
Ay=——s BY=—
(e"+e’x) (ex‘l'ex)
, 4
CYy=——3 D. dap an khac
(e" + e’*)
A L . . Inx +2
Cau 15: Tap xac dinh ctaham s6 ¥ = a:
Inx+1
A. D= (e'z;+oo)
B. D=(e'1;+oo)

C. D= (0; e’zJ ) (e’l; +oo)
D. D= (—oo,' e ) U (e’l;+oo)
CAau 16: Dao ham cua ham so:
y= (x3 + x)ln(x2 + 1) c6 dang:
A y'= (3352 +1 ln(x2 +1) +2x7
B. y'=(3x" +1)In(x* +1)-2x*
Cy'= (3x2 + 1)1r1(x2 + 1) +2x
D. y'=(3x* +1)In(x* +1)-2x
Cau 17: C6 bao nhiéu gia tri nguyén cua m dé
phuong trinh: log, (x + 2) + 2mlogm 3=16
C6 hai nghiém déu 16n hon -1.
A.vdsO B. khong c6 m
C. 63 gid tri D. 15 gia tri
Cau 18: Cho ham s6 y=e¢" (x—2) va cac phat
biéu sau:
I. Ham s6 c6 tap xac dinh la R.
II. Ham s0 dat cuc ti€u tai duy nhat mot diém la
x=3.
II1. D6 thi ham s6 cat Oy tai A, khi d6 duong
thang tiép xtic v6i d6 thi ham sd tai A c6 hé s6
gocla 3.
A. chilvall dang. B. chi Il va IlI ding.
C.chilvalll déng.  D.Cal I Il déu diing.
Cau 19: Diéu kién cua m dé€ bat phuong trinh
log, (2”1 + 6) >m—x thoaman véi moi x>0 1a

A.m>3 B. m<3
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C.khoéng ton tai m.  D. moi m.

2x+2 -x+13
Cau 20: B4t phuong trinh 35+ > ng c6 bao

nhiéu nghiém nguyén duwong?
A.6 B. 10 C. 11
Cau 21: Theo s6 liéu ttir Facebook, s luong cac tai

D. v sd.

khoan hoat dong tang mot cach dang ké tinh ti
thoi diém thang 2 ndm 2004. Bang duéi day mo
ta soluong U(x) la s6 tai khoan hoat dong, trong
d6 x 1a s6 thang ké tir sau thang 2 ndm 2004. Biét
s0 luot tai khoan hoat dong tang theo ham s6 mi
x&p xi nhw sau: U(x)=A.(1+0,04)" véi Ala s
tai khoan hoat dong dau thang 2 nam 2004. Hoi
dén sau bao lau thi s tai khoan hoat dong xap xi
la 194 790 nguoi, biét sau hai thang thi sd tai
khoan hoat dong 1a 108 160 nguroi.

A.1nadm 5 thang. B. 1nam 2 thang.

C.Inam. D. 11 thang.
Cau 22: Cho x=2016!, khi dé
1 1 1 1 ,
= + + +..+ .A o
log, x log,x log, x log,,c X
gia tri bang:
Al B. log2016
C. 2016! D. khong tinh duoc.

Cau 23: Phuong trinh
log,” x =log, x.log, (\/x +1- 1) 6 s6 nghiém la
A.3 B.2 C.0 D.1
Cau 24: Ménh dé nao la sai trong cac ménh dé
sau?

A-Ham s5 F(x)=" " va G(x) =% 10
X — X —

la nguyén ham cua cung mot ham s6.
B. Ham s§ F(x)=5+2sin’x va
G(x) =1-cos2x 1a nguyén ham cua cing mot
ham so.
C. Ham s6 F(x)=+x* -2x+21a nguyén ham
x-1

Ji—2x+2

D. Ham s6 F (x) =sinyx la mét nguyén ham

ctia ham sd f(x) =

cua ham s& f(x) = cos/x.
Cau 25: Trong cac ham sd sau:
L f(x)=tan’x+2
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L f(x)=—2 I f(x)=tan’x+1

cos® x
Ham s0 nao ¢6 mot nguyén ham la ham so
g(x) =2tanx
A.LILIOI B.IL I C.L I D. II, III
Cau 26*: Tinh thé tich vat thé tao dwgc khi lay
giao vudng gdc hai dng nuwdc hinh tru c6 cung

ban kinh d4y bang a.
3 3
3
3
C. V = 4a D. V - a3

Cau 27: Tinh dién tich hinh phang dwoc gii han
nhu hinh vé:

y
4
x\
) 0 2
A® B2 2 p%
3 3 3 3

Cau 28: Cho hinh phéng D dwoc gidi han béi cac
duemgy:tanx;xzo;ng;y:o. Goi S la dién

tich hinh phing D, V 1a thé tich vat thé tron xoay
khi quay D quanh Ox. Chon ménh dé dung trong
cac ménh dé sau:

A.S=In2, V=n(\/§+gj
7T

3_2

63

C. S=In3, V:n(\/g+§J

B.S=In2, V=n

D.S=In3, V=n \/5—2]

Inm X
Cau29:Cho A= | — 2dx=ln2.Khidégié1tri
0o € —
caamla
A. m=0m=4 B. m=2
C. m=4 D. m=0

Cau 30: Trong cac két luan sau, két luan nao sai?
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A. M6 dun cua sd phtic Z=a+bi(a,beR)

duoc tinh bang |z|=+a® +b* .

B. M6 dun ctia sO phtic z( voi z la khac 0) la
mot s6 thye duong.

C. Mb dun ctia s6 phtic z la mot sd phtic.

D. A va B dung.
Cau 31: Tim s6 phtrc Z thoa man diéu kién:
iz—(1+3i)z
—0 A

1+1
Az=-D_ 2 B =22,
26 26 26 26
C. z=45+9i D. 45-9i

Cau 32: Tim tat ca cac sO6 thuc m biét

i—m .- 2
Z=—————Va zz=

-m N
trong doila don
1—m(m—2i) &

vi ao.

Cau 33: Cho s6 phtrc z — —= _8+7i diemnao
1+3i 5

sau day la diém biéu dién ctia s8 phtic Z :
A. M(0;1) B. N(1;1)
C. P(-1,-1) D. Q(0;-1)

Cau 34: Cho hai s6 phuc Z;;Z, thoa man

iz, + NG ‘ :% va Z, =1z, . Tim gia tri nhé nhat ctia
biéu thic |z, -z, .

i B.2+— C. \/_ D. \/_ 2+—
V2 J_ f 2
Cau 35: Duong noi tam hai mat ké bén ctia mot
hinh 1ap phwong c6 d6 dai 32 . Thé tich ctia khéi
lap phuwong nay bang:

A. 210 B. 210 C.214 D. 216
Cau 36: Cho tt dién ABCD c6 thé'tich khdi ABCD
bang 126, hai tam gidc ABC va ABD c6 dién tich
cung bz‘ing 21. M la mot diém thudc canh CD va

A.2-

d,;d, Tan luot 1a khoang cach tir M dén cac mit

phang (ABC) va (ABD) . Vay (dl +d2) bang:
A.18 B. 20 C.22 D. 24

Cau 37: Cho hinh vé:

Tam gidc SOA vuodng tai O c6 MN||SO vdi

M, N Tan luot ndm trén canh SA, OA. Bt SO=h

khong d6i. Khi quay hinh vé
quanh SO thi tao thanh 5
mot hinh tru ndi ti€p hinh
nén dinh § c¢6 day la hinh
tron tam O ban kinh R=0A.

Tim d6 dai cia MN dé the M
tich khéi tru 13 16n nhét,
A MN=" BNz
> 3 M
h n 9 N

C. MN=— D. MN=—
4 6
Cau 38: Cho hinh ling tru tam giac déu
ABC.A'B'C' ¢6 canh AB=a, gbc gitra hai mat
phéng (A'BC) va (ABC) bang 60°. Tinh theo a
thé tich t& dién B' ABC va khoang cach tir B dén
mit phang (AB'C).

23 a 23
A. VBABC 8 ;dZZ B. VB'ABC :T;dzz
NI 23 a3
C Ve = T;d:Z D. Vy e = 4 ;d:?

Cau 39: Cho hinh chép S.ABCD c6 day la hinh
thang can ABCD v6i AB=2a, BC=CD=DA=a
va SAL (ABCD). Mot mit phang qua A vudng
gbc v6i SB va cat SB,SC,SD lan luot tai M, N, P.
Tinh dwong kinh khéi cau ngoai ti€p khoi
ABCDMNP.

p. 258

2

Cau 40: Cho hinh chép tt giac déu c6 canh day
bang a va canh bén cling bang a. Thé tich ctia khdi

A. a3  B.a C. 2a

noén ngoai ti€p hinh chop la:

3 3
A N2 B. 2
12 12
C. % D. Dap 4n khac.

Cau 41: Mot hinh 1ap phurrong ¢ canh bang a. Thé

tich cua khdi tru ngoai ti€p hinh 1ap phwong la:
3

A. d B. 4m® C. % D. 21

Cau 42: Xét mot hop bong ban cé dang hinh hop
chr nhat. Biét rang hop chtia vira khit ba qua
béng ban duoc xép theo chiéu doc, cac qua bong
ban cé kich thudc nhw nhau. Phan khong gian
con trong trong hop chiém:

A. 47,64% B. 65,09% C. 82,55% D. 83,3%
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Cau 43: Mot chau nudc hinh bén cau bang nhom
c6 ban kinh R=10 d4t trong mot khung hinh
hop chit nhat (nhw hinh vé). Trong chau chira sdn
mot khdi nuede hinh chém cau cé chiéu cao h1=2.
Nguoi ta bo vao trong chau mét vién bi hinh cau
bang kim loai thi mat nudc dang 1én vira phu kin
vién bi (nhu hinh v&). Cho biét cong thtic tinh thé
tich ctia khéi chom cau hinh cau (O;R) c6 chiéu

caohla: V

chom

= 1th? (R - %j , ban kinh ctia vién bi:

A.r~1 B.r~l
2
C.r=~15 D. Béap an khac.

Cau 44: Phuong trinh chinh tac ctia dwong thang
di qua A(1;4;—7) va vudng géc véi mit phang
x+2y—2z+3=0 la:

y-4 -z-7

A x-4=y-1=z+3 B.x-1= =

2 2
4 2 2 —4
Cau  45: Biét rang duong  thing
d: % = y—+11 =z _12 la ti€p tuyén ctia mdt cau tam
1(1;3;5). Ban kinh r ctia méit cau c6 d¢ dai La:
A.\14  B.14 C.\J77 D.7

Cau 46: Goi (B) la mit phang song song véi mit
phang (OL) :3x-2y—z+5=0 va chtta duong
x=2 _ y—38 _z—-4
1

hai m3t phang (Oc) va (B) la:

9 ) 3 3
A — B. — C. = D. —=
14 Ji4 14 NN

Cau 47: Cho tam giac ABC vdéi A(O;—l;Z),

thang d: . Khoang cach gitra

B(3;O;1), C(2;3;0) va hai mat phzfmg
(P):x+2y+z-3=0 ; (Q):2x—y—z+3=0.Goi
H la tryc tdm tam gidc ABC. Goi A 1a giao tuyén
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cla (P) va (Q), khi c6 mit phang (oc) di qua H
vachtta A c6 phueong trinh:

A. 7x+19y+10z-30=0

B. 7x+19y+10z+4=0

C. 10x+7y+19z-30=0

D. 10x+7y+19z-4=0
Cau 48: Trong khong gian voi hé toa do Oxyz, cho
mit cau (S): (x—l)2 +(y—2)2 +(z—3)2 =9 va
x—6_y-2_z-2

-3 2

cdc phuong trinh mit phang (P) di qua

. Viét tat ca

duong thang A:

M (4,' 3;4) , song song voi duong th:fmg A vatiép
xtic véi mat cau (S) .
2x+2y+2z-18=0
A. 2x+2y+z-18=0 B.
2x+y+2z-19=0
C. 2x+y+2z-19=0 D.Khong ton tai (P).
Cau 49: Cho A(0;2;-2), B(-3;1,-1), C(4;3;0) va

D(1;2;m). Tim m d€ bon diém A,B,C,D dong

phang.

Mot hoc sinh giai nhw sau:

Budc 1:

AB=(-3-1;1); AC=(4;1;2); AD=(1,0;m+2).
Bude 2: [ 48, AC] =(|‘11 e 3 ‘f}

=(-3,10;1).

[HS’,TC].E)=3+m+2=m+5.

Buwdc 3: A, B, C, D dong phéng

<[ AB,AC|.AD=0 ©m+5=0.

Dap s6: m=-5.

Bai giai trén dung hay sai? Néu sai thi sai & budc nao?
A.DPung B. Sai ¢ budc 1.
C. Sai ¢ budc 2. D. Sai 6 budc 3.

Cau 50: Cho A(2,0;0),B(0;2;0),C(0;0;2),
D(2;2;2). Mt cau ngoai ti€p t& dién ABCD c6
ban kinh la

A.3 B. \/5 C. % D.g
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DAP AN
1B 2D 3C 4B 5C 6A 7B 8B 9A 10D
11A 12B 13C 14C 15C 16A 17D 18C 19B 20B
21A 22A 23D 24D 25A 26A 27A 28B 29C 30C
31A 32C 33B 34A 35A 36A 37B 38B 39C 40A
41C 42D 43A 44B 45A 46B 47A 48C 49C 50B

HUONG DAN GIAI CHI TIET

Cau 1: Dap an B.

Phdn tich: Ta nhan thdy dé bai kha phtc tap va
rac rdi, tuy nhién ta c6 thé nhan thay nhu sau. Do
P, Q la hai diém phan biét va cach déu hai diém
A(—3;4),B(3; —2) , nén P, Q nam trén duong
trung truc ctia doan thang AB. Khi d6 ta sé viét
dugc phuong trinh duong thang PQ khién cho
viéc tham s6 hda P, Q tro nén do phuc tap hon,
ltc nay khi tham sd hoa P, Q ta sé€ c6 hai an la hai
hoanh d6 cua P, Q ( v6i hai hoanh d0¢ la hai
nghiém ctia phuwong trinh hoanh dd giao diém).
Khi da tham sd héa duoc PQ r6i ta thay dé cho
dién tich t& gidc APBQ do d6 ta di tim moi lién
hé gitra toa d¢ hai diém P, Q va dién tich t& giac.
Ta nhan thdy ngay t& giac cd hai duong chéo
vuong goc, tic la S= AB.PQ do vay két hop voi
dinh li Viet ta sé tim duoc m.

Loi gidi chi tiét nhu sau:

Ta viét duoc phuong trinh PQ: qua I (0;1) la
trung diém cua AB va cd vtpt la E, khi do6
PQ:x-y+1=0.

Xét phuwong trinh hoanh d¢ giao diém gitra
duong thang PQ va do thi (C,) :

merz=x+1<:>mx+2:x2—1 (v6i x#1).

x—1
<:>x2—mx—3=0(*)

Dé duong thang PQ cét (Cm) tai hai diém phan

LA , . .. |A>0
biét khac 1 tic la SmzE-2.
m+2#0
Khi d6
P(x;x, +1);Q(x,x, +1) = PQ=2(x, - x,)
Ta cé

S=24322(x, - x, ) =24

= (x1 +X, )2 —4xx,=16
Ap dung viet véi phuong trinh (*) ta duoc

m=2
oSm=2.

m* +12m—16=0 @{
m=-2

Phin tich sai ldm: Nhiéu doc gia quén diéu kién

d€ hai nghiém khac -2 nén dén cudi chon luén
A 12 sai. Hay ludn nhé diéu kién d€ mau s& khac
0.

Cau 2: Dap an D

Phdn tich: Ta thdy do dé bai lién quan dén hai
duwong tiém can do do ta sé€ tim nhanh cac duong
tiém can bang cdch nhdm nhanh ma tbi da gioi
thiéu cho quy ddc gia ¢ cac dé trudce va ta duoc:

D6 thi ham s6 c6 tiém can ngang y=2 va tiém

cdn ding x=1. Gia st M(x,;y,), khi d6

M(x0;2+ 3 J.
X, —

Khoang cach tir M dén tiém can diing sé la |x0 - 1|

. Khoang cach tir M dén tiém can ngang sé la
3 3
|yo—2|:|x—_ ‘1|+—1=4

Khi d6 |x
01 [ -

: |
0

& |x, -1 —4Jx,~1+3=0 . Nhan thdy s5 diém
M thoa man phu thudc vao s6 nghiém cua
phuong trinh nay. Ba4m mady tinh ta thay
o -1=12

[|x0 ~ 1| 3 Vay sé c6 bon nghiém théa man, tirc
la bon diém M.

Cau 3: Pap an C.

Phadn tich: Ta xét phuong trinh y'=4x" -12x=0
luén cd ba nghiém phan biét do d6 A dung, B

165 | Lovebook.vn



Ngoc Huyén LB

The best or nothing

dung do ham s6 1a ham da thirc luén xac dinh va

lién tuc trén R.

Tiép theo dén nhan xét C thi ta nho lai bang dang
d6 thi ham s& ma tdi da nhéc nhiéu lan cho quy
ddc gia ¢ cac dé truede, voi ham trung phuong bac
bdn c6 hé s6 a=1>0 va phuong trinh y'=0 cd
ba nghiém phan biét thi d6 thi ham s6 c6 dang
cht W( day chi 1a meo nhé chit khong phai d6 thi
c6 dang dang la chir W), tic la ¢é hai diém cuc
tiéu va mot diém cuc dai. Vay C sai.

Cau 4: Dap an B.

Phdn_tich: Ta c6 d€ ham s6 dong bién trén
khoang c6 d6 dai khong nho hon 1 tic la ta can
di xét timg treong hop hé s6 a=m+1 16n hon
hay nhé hon khong, ttt d6 tim cac khoang don
diéu, va xét phuong trinh y'=0 tit d6 tim ra mai
lién hé gitta hoanh d6 ctia cac diém cuec tri cua d6
thi ham s6 véi cac khoang don diéu.

Trudc tién: y'=3(m+1)x* —6(m+1)x+2m

Vo6i m=-1 =y'=-2<0loai.

V6i m>—-1. Khi d6 hé s6 a=m+1>0 t&c la do
thi ham s hodc khéng co cuc tri, ticla luon dong
bién trén R, hodc la d6 thi ham sd ¢6 dang ch
N, khi d6 ham s6 ludén cé khoang dong bién ¢
do¢ dai lon hon 1 ( théa man).

V6i m<—1, thi yéu cau ctia bai toan sé tro thanh
y'=0 cé hai nghiém phan biét théa man
|x, —x,|>1. Li giai diéu nay la do a=m+1<0,
licnay néu y'=0 vo nghiém thi khong thoa man
yéu cau dé bai, nén phuong trinh y'=0 phai
luén c6 hai nghiém phanbiét x,;x,, téeclaltcnay
ham s6 sé dong bién trén (x1 ;xz). < phuong
trinh y'=0 ludn c6 hai nghiém x ;x, thoa man

|x1 —x2|21.

= 1) - 1
- A 9(m+ ) 6m(m+ )>0
X

( 1+x1)2—4x1x221

(m+3)(m+1)>0 {m<_ )
=y,  8m AT o m<-9. Ket
hop v6i TH2 thi m & (—00;—9 [ (~1;+0).
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Phdn tich sai ldm: Nhiéu dc gia sé quén truong

hop m>—-1 va sé chon C.

Cau 5: Pap an C.

Phén tich: Ta Tan luot xét timg ménh dé mot:

Ta c6: f'(x) doi dau qua x,, tic la x; la diém
cuee tri ca ham s0, va

Néu f'(x)<0 v6i moi xe(a;xo) va f'(x)>0
vdi moi xe(xo;b) thi ham s6 f(x) dat cye tiéu
tai diém x,.

Néu f'(x) >0 véi moi xe(a;xo) va f'(x) <0
véimoi x e (xo;b) thi ham s& f(x) dat cuc dai tai
diém x,.

Vay A, B dung.

Vi C ta o rd rang v6i ham s6 y = N , ham s&
dat cyc ti€u tai x=0 nhung khong c6 dao ham
tai x=0, do do C sai.

Cau 6: Dap an A.

Phan tich:
D\\

Dit AB=x (0<x<2R). Ta c¢ BC =J4R? — x?

L

Khi d6 S=x+4R*>—x* . Ap dung bdt Cauchy

cho hai s0 duong ta co
2 2 2 .
xA4R? —x* > W =2R* . D4u bang xay

rakhi x=v4R? —x*> < x=R+2.

Tcla a=b=R2.
Cau 7: Dap an B.
Phdn tich: Taco D=R\ {—2;1}

) x+1 N x+1
lim ————=- va lim >

5 =+0. Do
—>2" xS 4+ x -2 x—>1" x

+x—2
d6 x=-2 va x=1 lahai tiém can ding ctia d6 thi

ham s8 (C). Tix day ta c6 thé loai A va D.
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11
x+1 x 2

lim — =lim—*—* =0 =y=0 I
el G N | 1 1 2
oo
X X

tiém cang ngang ctia d6 thi ham s6. Ma y=0 la
truc hoanh cua d6 thi ham s6, do d6 B dung.
Phan tich sai ldm: Nhiéu doc gia khong phan biét

dwoc phuong trinh cua truc tung va truc hoanh
dan dén sai, néu khong nhd, hay tht vé truc toa
dd ra khi d6 ban sé xac dinh dwoc mot cach ro
rang phuong trinh ctia cac truc toa do.

Cau 8: Bap an B.

Phdn tich: day chi la cach hoi khac ctia dang bai
tim m d€ ham s& dong bién trén tirng khoang xac
dinh.

Tacd y'=—

( ) d€ ham s6 dong bién trén tiing
x-1

2
khoang xac dinh thi —-m—-1>0 < m<-1

Cau 9: Dap an A.

Phin_tich: D=[-1;1], khi d6 dé tim GTLN,
GTNN ctia ham s trén tap xac dinh thi ta tim cac
gia tri lam cho y'=0 va y' khong xac dinh, sau
d6 so sanh céc gia tri ctia ham s0 tai cac diém dé
v6i nhau va véi diém dau mut dé két luan GTLN,
GTNN.

y'=01-x" -

1—x?

R
H-

=x=1-xr*<x =

ol -4 {0

-l

>M-m=1.

Cau 10: Pap an A.

Phdn tich: V& lai hinh vé thi ta ¢6 hinh vé don
gian héa nhuw sau:

I\J|>—\

H
el
/\
—
S
%/_/
Il
|
N |~

A
B
60
40
X 120 —x
P C Q

Thuyc chat bai toan tro thanh tim x & AC+ BC
nho nhat.
Theo dinh 1i Pytago ta ¢ AC=+60"+x> ;

BC = (120 - x)° +40 =* — 240 + 16000
Khi do

f(x)=AC +BC=x* +3600 +x* —240x + 16000
. Ta can tim Mznf( )

012

, , X x—120
Ta co f (x = + p
Jx2 +3600  +/x? —240x +16000

khi b&m mdy tinh nham nghiém bang cach nhap
vao man hinh biéu thic f'(x) va &n
va chon mét s6 nam trong khoang
(O,' 120) dé€ do nghiém, nhw t6i nhdp 2 may nhanh

chéng hién nghiém la 72 nhu sau:

i

F| Math

Jﬁi +E600  JHRE—zd
L-F= 1

Bam may tinh stt dung nut TABLE ta nhan thay

phuong trinh ¢6 duy nhdt mét nghiém nay do
f'(x) chi doi dau qua 72. Khi d6 ta c6 BBT sau:

x 0 72 120
f(x) - 0 +

ftx) \ /
Mi

Vay tir d6 ta c6 thé két luan CP=72.
Cau 11: Pap an A.
Phdn tich: Ta thay tat ca cac phuong an déu lién

quan dén cuc tri, do vay trudc tién ta xét phuong
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trinh 6x” —6(2m+1)x + 6m(m+ 1) =0

' —(2m+1)x+m(m+1)=0.

A=(2m+1) —4m(m+1)=1>0, phuong trinh
ludn c6 hai nghiém phan biét x;x,

Voi A: Ta co |x2 —xl|=1<:>(x1 +x2)2 —4xx, =1
& (2m+1)" —4m(m+1)=1( luén théa man).
Vay dap an A dung.

Cau 12: Dap an B.

Phdn tich: Do dé bai yéu cau tim tong cac nghiém
cta phuong trinh nén

diéu kién: x = {O; 2}

Phuong trinh
2
X
<lo x—=2) ———— || =log.1
53 (( )(x2 —3x+3D 53
x(x—Z) 1 x(x—2)
slog, | ————|==log.1 &|———|=
&3 x?=3x+3| 2 85 x*=3x+3
=3
x? —2x=x>-3x+3 *
= s ) <lx=1
2x—x"=x"-3x+3 3
xX=—
2

Cau13: Pap an C

Phdn tich: Ta c6 thé dung mdy tinh d€ thir tung
dap an mot, tuy nhién toi gidi thiéu cach phan
tich nham nhw sau:

log, 40 =log, (23.5) =3log,2+log,5=3a+b.

Vi bai toan nay nham con nhanh hon bdm may
tinh, nén hay ren luyén tu duy dé€ co thé tiét kiém
thoi gian khi can thiét.
Cau 14: Dap an C.

u

Phan tich: Ta c6 cong thirc (—j‘
v

(e“ )‘ =u'.e". Khi d6 4p dung vao day ta duoc:

(ex _e_xj'—(ex e Y (e ) (e —e) (e e )

X —-Xx 2
e +e (e"+e"‘)
e*+e” g et —e™” ’
B B 4
(e" +e” )2 (e" +e* )2

Cau 15: Pap an C.
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Phdn tich: O day c6 hai diéu kién d€ ham s6 xac
dinh, d6 la diéu kién dé€ loganepe ton tai va diéu

kién d€ can thitc ton tai.

O<x<e?
Inx#-1 <{xze

Inx>-1 x>e’
Inx<-2 x < eiZ

Phin tich sai lam: Nhiéu doc gia quén diéu kién

x>0 x>0
-1
x>e

x>0. Ttr 6 chon D la sai.

Nhiéu doc gia lai quén diéu kién Inx=-1. Nén
chuy c6 du céac diéu kién.

Cau 16: Dap an A.

Phan tich:

Ta co

((x3 +x)1n(x2 +1))'
:(x3 +x)'.1r1(x2 +1)+(x3 +x).(1n(x2 +1))'

2x

=<3x2 +1).1r1(x2 +1)+(x3 +x).x2 =

=(3x* +1).In(x" +1) + 22*

Cau 17: Pap an D

Phan tich: dk: x>-2;x#-1

Ta nhén thay co thé dwa vé bién chung do 1a

log, (x+2), do d ta bién ddi nhu sau:

1
pt < log, (x+2)+2m.T.log( 3=16

x+2)

2
4m

L P
log3(x+2) 6=0

o log, (x+2)+

Dit t =log, (x + 2) khi d6 phwong trinh tré
thanh:

t+4Tm—16:0 ot =16t +4m=0 (*) (do

x+2#1 nén t#0)

Mbdi ¢ cho ta mdt nghiém x >-2;x #1. Hon nita

x>-1 ©x+2>1 <t>0. Vay bai toan trd

thanh tim m d& phuong trinh (*) c6 hai nghiém
A=64-4m>0

duong. < (5=16>0
P=4m>0

< 0<m<16. Vay

c6 15 gia tri cta m thda man.
Cau 18: Pap an C.
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Phdn tich: Ta Ian luot di xét titng ménh dé mot,

Ta thay ham s6 c6 tap xac dinh D=R. I dung.
y'=—e" (x—2)+e”‘ =0 e (3—x)=0

< x=3.Tathay f'(x) do6i dau tir duwong sang

am qua x=3 nén ham s6 dat cuc dai tai x=3.1I

sai

Dén day ta khong can xét dén ménh dé III nita

ma van cé thé két luan duoc dap an C. Do tat ca

cac phuong an con lai dé c6 II.

Cau19: Pap an B

Phn tich: O bai toan nay ta sé di tim nghiém

cua bat phuong trinh theo m,

B4t phuong trinh < log, (2’(+1 + 6) +x>m

< log, (2’(+1 + 6) +log, 2* >log, 2"

27 (27 +6)>2" <227 +627 >2". Dt

2% =t(t>1)(do x>0). Khi d6 bat phuong trinh

tro thanh:

262 +64>2" . Xétham s6 f(t)=2t"+6t trén
o -6

(1;+oo) o f (t)=4t+6=0c>t=Z§£(1;+oo)

Ta c6 BBT sau:

t 1 +o0
f(t) +

O /

DPé bat phuong trinh théa man x >0 véi moi m
thi 2" <8 =& m<3.

Cau 20: Bap an B.

Phan tich: dk x #5

40

2x+2

B4t phuong trinh < 35 >3
2x+2
—-X

Véi x <5 thi < 2x+2>2(x-13)(5-x)

(x—13)

R

>2(x-13)

< 2x+2+2(x-13)(x-5)=0
& 2(x* —18x+65)+2x+220

>11
o2 —3x+13220 < |
x<6

Két hop véi x <5 thi c6 4 nghiém nguyén

dwong thoa man.

Vi x>5 thi < 2x+2<2(x-13)(5-x)

©2x* -34x+132<0 < 6<x<11

Két hop v6i x> 5 thi cd 6 nghiém nguyén
duwong théa man.

Két luan: c6 10 nghiém nguyén duong thoa
man.

Cau 21: Dap an A.

Phdn tich: Do dé da cho cong thirc tong quat va
c6 dit kién la sau hai thang s6 tai khoan hoat
dong la

108 160 nguoi. Do d6 thay vao cong thitc tong
quat ta sé tim dugc A. Khi d6

A(1+0.04)" =108160 < A =100000. Khi d6
cong viec cta ta chi la tim x sao cho
100000(1+0.04)" =194790

194790
1+0.04) 100000
Cau 22: Pap an A
Phdn tich: Nhin thoat qua thi thdy bai toan kha

la cong kénh, tuy nhién day lai la mét bai toan

S x= log( ~17 hay 1 nam 5 thang.

kha la don gian dua trén tinh chat sau cua

logarit: log b= voi 0<a=1,0<b=1

log, a
Vay thuc chat khi dé
A=log 2+log 3+log 4+..+log 2016
Dbén day ta nhé dén tinh chét sau cua logarit:
log x+log, y=log, xy voia, b, x, y thoa man
diéu kién ton tai ctua logarit.
Vay A=log, (2.3.4..2016)
=log, (1.2.3.4..2016) =log 2016! =log, x=1
Cau 23: Dap an D.
Phdn tich: Ta thay ro bai toan nay ta khong thé
dung phuong phap thtt ting dap an dwoc vi dé
bai yéu cau phai tim x, +2x,, do vay ta phai giai
ting brdc mot bai toan nay.
biéu kién: x e (0; +oo)
Do ¢ VP la logarit co s6 2, do vay ta sé bién doi
logarit 6 VT vé logarit co s6 2.

Phuong trinh

= %.logz2 x =log, x.log, (\/x +1- 1)
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= %logz2 x —log, x.log, (x/x 1- 1) 0

< log, x[%lo& x —log, (\/x +1- 1)} =0

[log,x=0

< _logz \/;: log, (\/m - 1)

[x=1

Tl 1= 1(%)

(*)<:>x+1+2\/;=x+1 <x=0(ma x>0

loai)

Vay phuong trinh ¢c6 mot nghiém.
Cau 24: Dap an D.

Phdn tich:

V6i ménh dé A: Ta ¢

=)= 5
(2x+6)(2x—3)-2(x* +6x+1)
(2x-3)’

_2x" —6x-20
(2x-3)

oy [ x*+10 ,_2x(2x—3)—2(x2+10)
G(X)_(zx_3J = o)

2
= w . Vay A dung.
(2x-3)
Vi ménh dé B ta co:
f(x)=F'(x)=(5+2sin’ x) =2.2.(sinx) .sinx
=2.2.cosx.sinx =2sin2x
G'(x) = (1—C052x)' = (ZSin2 X —1)' =2.sin2x ,
vay B dung.
Vi ménh dé C:

) =(G) =22 - 22

day la ménh dé dang.

Vay ta chon D.

Cau 25: Dap an A

Phdn tich: Tacé f (x) la nguyén ham ctia ham
sO g(x), tiec la f'(x)zg(x),

Voi I: f'(x) = (’can2 x+2)' =2.tanx.

Lovebook.vn 1170

2
cos® x

Vi I: f'(x)z( )'=2(1+tan2 x)'

=22.tanx=4tanx.

VGilll: f'(x)= (tan2+ 1)' =2tanx.

Cau 26: Dap an A.

Day la bai todn kha triru tuong va kho tudng
twong, co thé coi day la bai toan dat diém tuyét
déi trong dé nay, trede khi lam bai toan nay t6i
xin cung cap cho quy doc gia mot kién thirc da
hoc ¢ phan II, Bai 3, chwong III ( trang 117) sach
giao khoa giai tich co ban nhw sau:

Ta thtra nhan cong thirc: V = j:S(x)dx (*)

Trong do6 S (x) la dién tich cta thiét dién ctia vat
thé V. Thiét dién nay vudng gdc voi truc Ox tai
X € [a;b] voia, b la cac can tng voi hai mat
phang song song va vuong goc véi truc Ox, gisi
han vat thé'V.

Viéc ndm vitng cong thirc (*) giap quy doc gia
c6 thé tich dwoc thé tich caa vat thé ma dé bai
da yéu cau, cy thé nhu sau:

Ta sé gé'm hé truc toa do Oxyz vao vat thé nay,
tiec 1a ta sé di tinh thé tich vat thé V gidi han boi

hai mat tru: ¥ +y> =a®> va X’ +2° =a (u>0).

z

J

Hinh vé trén mo ta mot phan tam th nhat caa
vat thé nay, voi mdi x e [0; a] , thiét dién cua vat
thé (vudng goc voi truc Ox ) tai x 1a mot hinh

vudng cé canh y =+/a> —x” ( chinh 1a phan gach
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chéo tong hinh vé). Do d6 dién tich thiét dién sé
la:

S(x)= N -2 Na? —x> = —x* xe [O;a].

Khi d6 ap dung cong thic (*) thi thé tich vat thé

can tim sé bang: V = 8IS dx SJ(a -Xx )dx

3
=8| aPx -2
3 |0 3

Cau 27: Dap an A.
Phén tich: Do dién tich hinh phang da dugc thé

hién ro trén hinh nén ta da xac dinh dwoc can ro

a 16a°

rang, do vay ta xac dinh duoc:
Day la dién tich hinh phang dwoc giéi han béi
2

do6 thiham s6 y = 4—|x| va parabol y = % .

2 2 2 3 0
S PO S Y P
2 6 0 2 6 )2
14 14 28
=—t+—=".
3 3 3

Cau 28: Dap an B
Phdn tich: Ta c6 dién tich hinh ph:fmg dwoc tinh

s

3
bang cong thirc: S = I tan xdx
0

gsinx g 1 z
:j dx = —j .d(cosx) = —1n|cosx| 3
) COS X ) COS X 0
=-In cosE +1n|cosO| = —lnl =In2
3 2

Thé tich vat thé tron xoay duoc tinh boi cong

TE T

thtc: V = ftan xdx = n_[( —1jdx
cos® x

= n(tanx—x)

© wla

T T UL
=x|tan———=—tan0+0 |=7| V3 -=|.
TC( f:ll’l3 3 an ] TE[ 3)

Cau 29: Dap an C.
Phan tich: ta sé tim tich phan d6 theo m ttt d6
tinh m nhu sau

o Inm d(ex _ 2) Inm

Jompt= ]y =t

0

=Inle™” —2‘—]n‘eo _2‘ =ln|m_2|_1n1

=1n|m—2|

Khi d6 In|m—2|=In2 @{m—zzz Q{mﬂl
2-m=2 m=0

Phan tich sai lJam: Chu y nhiéu dc gia quén
diéu kién cua Inm xac dinh titc la m >0 nén
khong loai m =0 va chon A la sai. D4p an phai
laC

Cau 30: Pap an C.

Phdn tich: Theo dinh nghia sach giao khoa ta co:

Gia ste s0phirc z=a+bi dwogc biéu dién béi diém
M(a;b) trén mdt phﬁng toa do.
D¢ dai vecto OM dwoc goi la moé dun cua s’ phirc z

va ki higu 1a |2| Vay |2| = ‘W‘ —Ja? + 1

Ttr day ta suy ra A, B dang. Vay dap an la C.
Cau 31: Dap an A.

Céch 1: St dung mdy tinh fx-570 VN PLUS.
Nhép biéu thic trén vao, luu y:

+ D& biéu dién mod dun s8 phtic ta nhap SHIFT
Abs

+Dé&biéu dién z trén may tinh cAm tay ta 4n
SHIFT 2 (CMPLX) may s€ hién nhu sau:

1:ar3 -l | g W=
SieeS8 4 pa+bi

Chon 2: Conjg 12 biéu dién s& phtic lién hop ctia
sO phtec.
Vay biéu dién biéu thitc nhw sau:

CMFLE F| Math &

.1:H:—i1+31]|:-:-r'|,.--aih

Sau d6 CALC r6i nhap tiing gia tri vao: Thit vao
ta duoc A 1a ddp an do két qua bang 0, may hién
nhu sau:
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CMPLY @ Math &
1A= L1451 1 C0N.49 I:I}
1+1

0

Céch 2: Nhan thdy 6 day mau sd dang & dang s6
phtic, do d6 chting ta sé van lién hop d& bai toan
tro nén don gian hon.

Goi z=a+Dbi(a,beR). Ta cd:

iz—(1+3)z o -—a-4b+(b-2a)i , ,
1+i =l = 1+i =@ b
@[—a—4b+(b2—2a)i](1—i)=a2+b2

-3a—3b+(5b—a)i=2(a’ +1)

5b-a=0
Q{—3a—3b:2(a2+b2)

la=b=0
a=>5b az—ﬁ
< 2 < 26
260~ +9b=0
-9
b=—
26
Vay ta chon A.

Cau 32: Pap an A
Phén tich: Vi z dang con rat phtic tap, dédc biét la
duéi mau do d6 chting ta nghi ra viéc lam don

gian nd vé dang chuan z=a+bi (11, be R) sau

d6 tim dugc z va thay vao biéu thiec z.z

S i—m . :(1—m)(1—m2—2mi)
1—m(m—21)

(1-n?) + 4’
—m(l—mz)+2m+i(1—m2 +2m2)

‘ (1em)

m(1+m2)+i(l+m2)

_ __m . i
(1+m2)2 1+m* 1+ m?
- m 1
=z= 2 2
1+m 1+m
Nhu vay:
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1 1
=——(m-2
m* +1 2( )
=0
om -2m*+m=0< "

Cau 33: Pap an B

Phan tich:

Cach 1: ta c6 thé tir cc diém biéu dién ma suy ra
duoc sO phttc z nhu sau:

Phwong dn Ala z=i

PhuwongdnBla z=1+1i

Phuwongan Claz=-1-i

Phwong dnDla z=—i

Vay twong tw nhw Cau 31, ta sé nhap biéu thic
va CALC dé€ chon dap an. Tt d6 ta cling chon
duoc B

Cach 2: Cach lam thong thuong:

Goi z=a+bi (a,beR)

Khi d6 phuong trinh da cho tré thanh:

Q+b _a—bz:6+7i
1+3i 5
-0 b (u—bi)(1—31)_6+71
10 5

<10a+10bi —a+3b+i(b+3a)=12+14i
< 9a+3b+i(11b+3a) =12 +14i

9a+3b=12 a=1

= =
11b+3a=14 b=1

=z=1+1

Cau 34: Dap an A.

Phdn tich: Bai toan nay, thuce chat la dua trén

kién thtrc “ Bi€u dién hinh hoc s§ phtic”. Ta thay

néu dat z, =x, +y,i (xl;y1 € ]R). Khi d6 diém

M (x1 ; %) 1a diém biéu dién s8 phttc z, thoa

man:

‘i(x1 +y1i)+\/§‘=% < lix, —y, +«/§‘:%
=% +(y1 —\/5)2 =i . Suy ra tap hop cac diém

M biéu dién z, la dudng trong (C) c6 tam

1(0;42) va bén kinh R:%.
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Khi d6 néu N 1a diém biéu dién cua s8 phtic z,
thi viéc tim GTNN cua |z1 - zz| la viéc tim
GTNN cua MN.

Theo dé thi z, =iz, =—y, +x,i :N(—yl;xl) la
diém biéu dién z, . Ta nhan thay rd rang
ﬁ/I.O—Nz—x]y1 +x,y,=0 =OM _LON . Dé

nhén thdy OM =ON =[x +y,

Ta cé hinh vé sau:

L\ Zo

Do OMN la tam giadc vudng can tai O nén
MN =0MV2, do d6 dé MN nho nhat thi OM
nho nhat. Dé thdy, OM nhé nhat khi M=M'

(M’ 1a giao diém cua OI v6i dwong tron nhu

hinh v&) Téc la M[O;\/_ - %j _Khi d6

MN:OMJE:(JE—%)JE:L%.

Cau 35: Pap an D.
Ta c6 hinh vé sau dé€ quy doc gia c6 thé hinh
dung ro hon.

Ta nhan thay : khi nhin vao hinh vé thi ro rang
duong ndi tam chinh la duwong trung binh cta
tam gidc c6 ddy la duong chéo ctia mét bén nhue
trong hinh vé. Do vay d¢ dai dwong chéo chinh

bang hai [an d¢ dai ctia duong ndi tdm da cho,
tic1a 6+/2 . Mit khac d6 dai duong chéo bang
J2 Tan d6 dai ctia canh hinh lap phuong, do d6
do dai canh hinh 1ap phuwong c6 d6 dai: 6. Khi
dé V=6 =216.

Cau 36: Dap an A.

Phdn tich: Ta co

+V 1

MABD — ~
3

%4

ABCD —

%4

MABC

(d, +d,).21=126

=(d, +d,)=18.

Cau 37: Dap an B

Phdn tich: Ta thdy khi quay quanh truc SO sé
tao nén mdt khoi tru nam trong khdi chop. Khi
d¢ thiét dién qua truc ctia hinh try la hinh chi
nhat MNPQ. Ta c¢6 hinh sau:

S

B o0 n~ A

Tacd SO=h; OA=R.Khi dd6 dat Ol = MN =x.

Theo dinh li Thales ta c6

R.(h—x
M _SL_pyy OAST_R{ZX) ey
OA SO SO

2
khéi trq V =nIM®.IH = ﬂ.x(h —x)
h2

Ap dung bt dang thitc Cauchy ta co:

() S[2x+2§h—x)T

2

Vay v <A by e xay ra khi ng .
h
Hay MN:E.

Cau 38: Dap an B.
Phdn tich: ta c6 hinh vé dudi day.
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Theo nhur dé bai dir kién thi ta c6 thé dé dang
tinh duoc thé tich caa khéi lang tru tam giac déu
ban dau, tir d6 suy ra thé tich cta khéi ti dién
AB'BC . b€ tinh dwoc khoang cach tir B dén
(AB 'C ) thuwe chat 1a tim chiéu cao cta t& dién,
dén day bai toan sé duoc giai quyét néu quy doc
gia tim duoc dién tich tam gidc AB'C.

Vi dé bai cho dit kién ((A'BC),(ABC))=60°,
nén ta sé di x4c dinh gdéc nay bang cach goi H 1a
trung diém ctia BC. Tam gidc ABC déu nén

AH 1 BC (1).

A'AL(ABC) = A'ALBC (2).

T (1) va (2) =BCLA'H
=((A'BC),(ABC))= A' HA = 60°

:>A'A=AH.tan60°=%.

3a azx/§:3a3«/§

Khi do VABC.A'B'C' = AVA'SABC = > 4 3
3

Vav, . =%v =z g/g lic nay ta 6 thé loai C

vaD.

Dé thdy dién tich tam gidc AB'C c6 thé tich
duwocdo B'AC can tai B’ ¢6

2
B'A=B'C= /a2+(%j =’1*/2B :AC=qa.Db

tinh dwoc chiéu cao ké tir B’ cua tam giac c6 do

daila a3

jSACB':aZ;/E :>d(B;(AB'C))=3VBJ:%.
AB'C
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Cau 39: Pap an C.
Phin tich:

Nhéan xét hinh thang ABCD can va
AB=2AD=2BC=2CD=2a nén
ACB=ADB=90°.

Mt phang qua A vudng gdc véi SB tai M nén
AMB=90°.Ta cé BC L AC va BC LSA nén
BC L(SAC).

Do d6 AN L BC va AN LSB nén AN 1 (SBC)

= AN 1 BN, hay ANB=90°.
Ta cting c6 AP L SB va AP L BD nén

AP 1 (SBD) = AP 1 BP, hay APB=90°.
Ta thay cac diém C, D, M, N, P déu nhin AB

dudi mot gbe vudng. Néu da nam chic duwoc 1oi
giai 0 cac dé trudce thi ¢ dé nay, khong khé dé
quy doc gia nhan ra AB chinh la deong kinh cta
khoi cau. do vay d=AB=2a

Chii 4j: Nhiéu doc gia theo thdi quen da di tim
ban kinh chit khong phai dwong kinh dan dén
chon sai dap an.

Cau 40: Dap an A.

Phdn tich: Hinh chép SABCD la hinh chop t&

giac déu c6 AB=SA =a, nén khoi nén ngoai

ti€p hinh chép ¢6 ban kinh day r = # va chiéu

S

2 2
2
3
Khidé V. =%n.(”ﬁj a2 _m2

2 2 12

cao SO =

Cau 41: Pap an C.
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Loi giai: Bay la bai toan c6 10i giai kha don gian
nhu sau:

Hinh tru ngoai ti€p hinh 1ap phuwong da cho ¢

ban kinh day r = % va chiéu cao bang a.

ziija:nf
2

=V, , = TE[ —
2

Cau 42: Pap an D.

Phién tich: Gia st ban kinh ctia mdi qua béng
ban la r thi khi d6 hop dung bong ban sé co kich
thude 2rx2rx6r . Khi d6 tong thé tich cua ba

qua bong ban sé la 3%.7513 =4mr’ .

Thé tich ctia hop sé 1a 2r.2r.6r =247° . Vay phan
khong gian con trong trong hop sé la:

V, =24nr’ —4nr’ =20nr° sé chiém

20mr°
24nr®
Cau 43: Dap an A.

Phdn tich: Ta cé thé tich phan nwdc dang 1én

100% =~ 83,3%

chinh bang thé tich ctia vién bi ném vao. Do vay
ta co:

Thé tich nwde ban dau:
V, =nh’ (R—ﬁj ;
3

Khi d6 thé tich nudc sau khi ném vién bi vao thé

tichséla V, =V, +énr3 = th? [R—E] +énr3 1)
3 3) 3

Theo dé bai ta co:

“Bo vao trong chau mot vién bi hinh cau bang

kim loai thi mdt niedc dang 1én vira phu kin vién

bi.”

Do vay thé tich sau khi bo vién bi vao dwgc tinh

béng cong thikc:

2
v, =n(2r) (R—?Tj @)
Tt (1) va (2) ta co phuong trinh

nh? R—E +ércr3=4rcr2 R—z
3 3 3

S 4r° — 4R + 1 [R—gj =0 . Khi d6 thay céc

gia tri ma dé da cho vao phuong trinh bam may
tinh giai ta dwoc 7 ~1.01945 ( chon A). BAm may

tinh ta thay c6 2 nghiém, tuy nhién viéc ban
kinh ctia vién bi x&p xi bang chau nuéc la diéu
vO li (~9.90486 )

Cau 44: Dap an B

Phin tich: Ta c6 duong thang can tim vudng
gbc v6i mit phang (P) da cho phuong trinh do
d6 vtep cta duong thang can tim ciing phuong
v6i vipt cia mit phang . Khi d6 két hop véi dix
kién dwong théng di qua A(l; 4 —7) thi ta duoc

x—-1 y-4 z+7

hwong trinh :
P g > )

ox-1=2""2=

Cau 45: Dap an A.

Phdn tich: Ta khong c6 cong thirc tinh khoang
cach tir mot diém dén mot duong thang do vay
ta sé tham sO hoa toa do diém H la hinh chiéu
cta diém I 1én duong thang d, tir d6 tinh khoang
cach gitra hai diém I va H. Do chri c6 mét
phuong trinh nén ta sé viét phuong trinh tham
s6 ctia duong thang d tir d6 ta c6 phuong trinh

mot bién.
x=t
Taco d:qy=-1-t
z=2—t

= H(5-1-t2-t)= [H = (t-1L;~t —4;~t - 3).
Do IH 1 d nén ta c6 phuong trinh:
t—1+t+4+t+3=0 <t=-2.Khido

IH =(-2;-3;-1)

= 1H = [(<2) +(-3) +(-1) =14

Cau 46: Dap an B.

Phan tich: Do (B) I (oc) nén khoang cach tte (B)

dén () bang khoang cach tir mot diém trén (B)

dén (a). Ma (B) chtta duong thing d do d6

M(2;8;4)ed= M e(B). Do dé

i 32-2.8-4+5] _ 9
EEER

Chu y: Nhiéu doc gia di lam lan lwot d6 1a viét

phuong trinh mit phing (B) ra roi bat dau tinh,

tuy nhién d¢ la cach lam long vong, nén chuy
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d€ c6 duoc cach 1am nhanh nhat khi 1am tric
nghiém.
Cau 47: Dap an A.
Phan tich: Truedce tién ta di tim toa dd truc tam
H(x,y,z) cta tam gidc ABC. Khi d6 ta s& 1ap hé
phuong trinh ba an véi ba dit kién sau:
AH.BC=0
BH.AC=0
| AB, AC |AH =0

=H z;—1;1 .
5 5

-x+3y—-z=-5
< 2x+4y-2z=4
2x+4y+10z=16

. x+2y+z-3=0

Do Az(P)m(Q) nén A{Zx—y—z+3=0
C}A-E—l—_z_s
1 3 5 °

Giao tuyén A di qua M (0;0;3) va co vtcp

U= (1;—3;5) .

(oc) qua H(%;—é;l) va vtpt

n=|u,MH |=(7;19;10)

= (0):7x+19y+10z-30=0.

Cau 48: Pap an C.

Phin tich:

Cach 1: lam thong thwong: Vi dé bai dang nay
cho khé nhiéu d@ kién thi ta sé chon phuwong
phap dit vtpt ctia mit phang (P) la

n= (a;b;c), (az +b*+c* > 0) la VIPT cta (P)
Khi d6 (P):a(x—4)+b(y—3)+c(z-4)=0

Vi (P)||A nén np Lus. Suy ra -3a+2b+2c=0

2b+2c¢
a=
3

Theo dé ta cd (P) ti€p xtic voi mat cau (S) nén

(1)

d(1;(P))=R Il

Ja? +b? +c?

2
Tir (1) va (2) taco (b+c) =(2b+ZCJ +b e

3
& 20* —=5Bbc+2c¢* =0 (3)
@(2b—c)(b—2c) =0

Lovebook.vn 1176

p=S
= 2
b=2c

Véi b=2c,chon b=2,c=1=c¢=2,khi do
(P):2x+2y+2z-18=0 (khong théa man vi
chta A )

Véib:%, chon c=2=b=1,

(P)=2x+y+2z-19=0 (théa man).

Céch 2: thr titng ddp an mot.

Chu y: Nhiéu doc gia khong loai treong hop
trén nén dan dén chon B.

Cau 49: Dap an C.

Phén tich: Ta lan luot di phan tich ting budc
mot.

O budc 1: ta thay tat ca cac toa do déu duoc tinh
dung.

Budc 2: Ta thay biéu thitc tinh tich ¢ hudng
dting, ta c6 thé kiém tra viéc nay bang cach bam
may tinh t6i da gidi thiéu o cac dé trudc.

V6i biéu thtzc tinh tich hon tap ta kiém tra lai
nhu sau:

| AB,AC|.AD=-3.1+0.10+ (m+2).1=m~1

#m+5. Do do budce 2 sai, chon C.

Cau 50: Dap an B.

Phan tich: Ta co goi 1 (a; b;c) 14 tAm mét cau
ngoai ti€p t& dién ABCD khi d6
IA=IB=IC=ID=R

(a—z)z +0* +c* =R*

@ +(0-2) + =R’

@40 +(c-2) =R

(a-2) +(b-2)" +(c-2) =R

—4ag+4=-4b+4
—4b+4=-4c+4

(11—2)2 +(b—2)2 +(c—2)2 =(a—2)2 +b* +c?

a=b=c ) )
T13(a-2) =(a-2) +22 T T

Khi d6 R=43(1-2) =3
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PE SO 13
Page: CLB GIAO VIEN TRE TP HUE

PE THI THU THPT QUOC GIA NAM 2017

Mon: Toan
Thoi gian lam bai: 90 phat

Lé Bd Bdo_Pham Thanh Phuong_Pham Vin Long_Huynh Ai Hing_Pham Trin Ludn

Chiing toi bién soan trong thoi gian kha gdp gdp nén khong thé tranh khoi sai sét, mong cic em va quy thily cd thong

cam va gop y! Xin chin thanh cam on.
Cau 1. Ham s6 nao sau day c6 dung hai diém cuee
tri?

A, y=x"+3x"+3x+1.B. y =[x’ +3x* +3x+1],

2
C.y=x"-2x"+5. .y:%w.

D
Cau2.Chohams6 y= f (x) xac dinh, lién tuc trén

R va c6 bang bién thién:

T ) -1 1 +o0
Y + 0 -
2
—0 —o0

Khang dinh nao sau day la khang dinh dtng?

A. Ham s6 khong c6 cuc tri.

B. Ham s0 c6 gia tri cuec dai b.:?mg -1.

C. Phuong trinh f (x) =0 c06 hai nghiém phan
biét.

D. Puong thing x=-1 la tiém can ding cta
d6 thi ham so0.
Cau 3. Phuong trinh ti€p tuyén ctia d6 thi ham s6

y =%x3 +3%~2 tai diém c6 hoanh dd 1a nghiém

cua phueong trinh y” =0 la

7 11

A. y=-3x+—. B.y=—x+—.
4 3 Y 3
1 7
C.y=—x—=. D.y=—x——.
Y 3 Y 3

Cau 4. Voi tat ca gia tri nao cta tham s6 thue m
thi do thi ham s6 y=x —(2m—1)x+2 cit truc

hoanh tai diém c6 hoanh d0 béng 2?

A.m=3. B.m=-3. C.m=1. D. m=-1.
Cau 5. Tiép tuyén cua d6 thi ham s6 y:x_l tai
x_

diém c6 hoanh d6 x=a; (a€R) c6 hé s8 gocla

A k=272 B. k=L _
a-1 (a—l)

Cok=—"1 —. D. k=—".
(a—l) a-1

Cau 6. S6 duong tiém can cua do6 thi ham s6

yo 22007
Va2 +2x+3
Al B. 2. C. 3. D. 0.
Cau 7. D& db thi ham s§ y=—""* ¢4 diing
2x° —ax+2

mot tiém can dung thi tat ca cac gia tri thye cua
tham s6 m la

17

A.a:i4;a:—?. B.a=+4.

17

C.a:i4;a:?. D.a=4.

Cau 8. V4i tat ca cac gia tri nao cua tham s6 m thi

phuong trinh |x* +3x* —2|=m c6 ding 4 nghiém

thue?
A.O<m<?2. B. m>2.
C. m=0. D. m=2.

Cau 9. Trong cac tiép tuyén ctia d6 thi ham s6

4 A ~ /4 A ~ /4 2
y= §x3 +4x% +7x+1, tiép tuyén c6 hé s6 goc nho

nhdt c6 phuong trinh
A y=7x+1. B. y=3x—§.
C.y=3x+1. D. y=1.

Céau 10. D5 thi (C) cho ¢ hinh bén la db thi cua

ham s6 nao sau day?
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2x+1 2x-1

A y= . B. y= .
Y x—1 Y x—1

C _ 2x+1 _dx+1
T T

Cau 11. Khi nudi ca thi nghiém trong ho, mét nha
sinh vat hoc thdy réng: Néu trén mdi don vi dién
tich mat ho ¢ n con ca thi trung binh mdi con c4
sau mot vu can nang P(n) =480-20n (gam) . S0
ca trén mot don vi dién tich ciia mat ho dé sau mot
vu thu hoach dugc nhiéu ca nhat la
A. 10. B. 11. C. 12. D. 13.

Cau 12. Cho a>0 va a#1, x va y la hai so thuc

duong. Khang dinh nao duéi day la khang dinh

dang?
A. lo ﬂleog_ux.
y log,y
B. Iogalz ! .
x log, x

C. log, x=log, a.log, x (b>0, b;tl).

D. log, (x—y) =log x—log, v .
Céu 13. Cho a>0. Dang liy thtra cta bi€u thirc

\ a%’a% bﬁng:

40 20 40 1

A. a¥ B. a%l. C. a%. D. a%.
Cau 14. Tim tap nghiém S cta phuong trinh

3797 =1,
B.sz{l}
2

C,gz{ﬂ;‘“ﬁ}. D.S:{—l—\/g;—1+\/§}.

A.S={0;1}.

2 2

Cau 15. Buong cong trong hinh bén la d6 thi cua
mot ham sd trong bon ham sd dugc liét ké ¢ bon
phuong an A, B, C, D dudi day. Hoéi ham s6 d6 la
ham sd nao?
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©

=Y

A y=2% B. y=2"

C.y=2"+1. D. y=log, x+1.
Cau 16. Rut gon biéu thuc
4
A:—\/;_\/E+\/;_\’iE ta duoc
G o
A, B Yo c i Db

Cau 17. Cho biét chu ki ban ra ctia chdt phong xa

pluténi Pu™ la 24360 nam (tic 1a mot luong
Pu™ sau 2430 ndm phan huy thi chi con lai mot
ntta). Sy phan huy dugc tinh theo cong thic
S= A", trong d6 A 1a luong chat phong xa ban
dau, r 1ati1é phan hay hang nam (r<0), ¢ 1a thoi
gian phan huy, S la lwong con lai sau thoi gian

2 sau bao

phan huy t. S6 nam dé 10 gam Pu
nhiéu ndm phan huy sé con 2 gam gin véi gid tri
nao sau day?

A. 5747 (nam).

C. 5748 (nam).

B. 5746 (nam).
D. 5745 (nam).

Cau 18. Cho log. Nx—-3=4. Tinh
CzlogKE(x—?))—log25 Jx-3.

A. C=-44. B.C=3—;.
C.C=4—;. D. C=4.

Cau 19. Tap xac dinh D cua ham sd

x*+1
=1 1 |E
y \/ng[og;[xzwn a

A.D=R. B. D=(1;+%).

C. D=(—o5;-1). D. D=[-1;1].
Cau20.Chohamss§ f(x)=e™"" .Gidtri f*)(2)
bang

A. ™, B. 201727 %%,
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C. 20162017 65034. D. 20162016 65034.

Cau 21. Ham s8 y = x*Inx <o gia tri nho nhat trén

doan |:3; 5:| bang

A. 25In5. B. 0. C.9In3. D. 4In2.
Cau 22. Cho ham s6 f(x) co f’(x) lién tuc trén
2 g
R va f(O):a,.!de:b, (a,beR) Gia
tri f(2) la
A f(2)=a+b B. £(2)=a’ +b.
C. f(2)=b-a D. f(2)=b"-a

Cau 23. Nguyén ham F

—_

x) caia ham sd
_ 2 . A T _
f(x)—1+cot x, biét P(—zj

A. F(x)=c0tx+g. B. F(x)z—cotx+§.

C. F(x)z—cotx. D. F(x):sinerg—l.
Cau 24. Ho nguyén ham ctua f(x) = x(x + 1)2017 la
A jf(x)dx :—(x+1)2018 +
' 2018

B (x+1)2018 (x+1)2()17
B. [ f(x)dx= 2018 2017

) (x+1)2019 (x+1)2018
C. [f(x)dx= 2019 2018

(x2 +x)2018

D. .[f(X)dx :W—FC

Cau 25. Mot vat chuyén dong véi van toc thay doi
theo thoi gian v(t)z f (t) Quang duong vat di
duoc trong khoang thoi gian tir thoi diém ¢, dén
thoi diém ¢, la

A. f'(t)-f'(t)-
C. Tf(t)dt.

B. f'(t,)-f'(t,)-
tl
D. [ f(¢)dt.
t2
Cau 26. Hinh phéang giéi han bsi d6 thi ham s&

~x khi xs1
y=00 wvay=" TS dientichla
3

x—2 khi x>1

A.S=13 (dv.dt. B.S= % (d.v.d.b).

C.S= % (dv.dtt). D.S=7(dv.dt).

Céu 27. Cho ham s§ y=(x-2) c6 db thi (C),
khdi tron xoay tao thanh khi quay hinh phéang gi6i
han baoi (C ), truc Ox, truc Oy va duong théng

x=3 cb thétich la

A. V:E (d.v.t.t). B. V:ﬂ (d.v.t.t).
5 5
C. V:% (d.v.t.t). D. V:% (d.v.t.t).

Cau 28. Mot tti nuedce cb trong lwong 10 (N ) duoc
nang ttt mat dat 1én khong trung véi toc do cd
dinh. Nudc trong tti bi ri ra ngoai khi bat dau
nang vdi toc do ri nuwdc khong doi. Khi nang dén
do cao 20 mét thi trong tai khong con nudc. Bo
qua trong lwong tai, cong sinh ra khi nang tui
nudc ndi trén tir dd cao 5 mét dén dd cao 10 mét
c6 dolonla

A. 18,75(]).

C. 31,25(]).

B. 75(]).
D. 25(]).
Céu 29. Cho s6 phitc z=a+bi; (a€R; beR). Tim
ménh dé dung trong cac ménh dé sau.

A.z+z =2bi. B.z—z=2a.
C.zz=a -1’ D. 2=l

Cau 30. Cho s6 phtic z=m+ni #0; (meR;neR)

1
SO phttc — ¢6 phan thuc la
z

A m B n
'mZ_nZ' ¢ mz_nZ‘

c_m o n
‘mt+n?’ omPnt

Cau 31. Goi Ala diém biéu dién cta s8 phtic
z=2+5iva Bla diém biéu dién ctia s& phiic
z'=-2+51.Tim ménh dé dung trong cdc ménh
dé sau.

A. Hai diéfm Ava Bd6i xting véi nhau qua
truc hoanh

B. Hai diém A va B déi xting vdi nhau qua
truc tung

C. Hai difm A va B déi xting véi nhau qua
gdc toa do O

D. Hai difm A va B déi xing v6i nhau qua
duong thang ¥ = x
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CAau 32. Goi A, B, C 1a cac diém biéu dién cac sd
phtec 1a nghiém cua phuong trinh z° =8 trén mit
phang Oxy. Dién tich tam gidc ABC la
A. 5=243. B. S=443.
C. 5=243. D. 5=343.
Cau 33. Trong cac s6 phtic z thoa man diéu kién
|z—2-4i|=[z-2i|. S8 phitc z c6 mOdun nho nhét1a
A, z=2+2i.
C.z=-2+2i.

B. z=2-2i.
D. z=-2-2i.

- (-2
Cau 34. Cho s6 phtic z thoa z= 5 i . Viét z
+i

dwdi dang z=a+0bi, a,beR. Khi d6 tong a+2b

cé gia tri bang

A. 10. B. 38. C. 31. D. 55.
Cau 35. SO khoi da dién déu la
A. 2. B. 3. C. 4. D. 5.

Cau 36. Cho hinh lang tru ABC.A'B'C". Ti s0 thé
tich cua khdi AA'B'C' va khdi ABCC' la
Al  Bi. ci b2
2 3 3
Cau 37. Cho hinh chép tam giac déu S.ABC c6

day la tam giac déu tim G, canh bang 24 . Biét
khoang cach tlr G dé&n mit bén bang % . Thé tich

khoi chép S.ABC la

J3a°

ﬂ3
Av=" B.V= .
3 3
3 3
C.V:*/E”. D.V:ﬁ”.
3 2

Cau 38. Hinh lap phuwong ABCD.A'B'C'D' c6
dién tich tam gidc AA'C' bang 224>, Thé tich
khoi 1lap phwong ABCD.A'B'C'D' la

A V=4 B. V =224°.
ﬂ3
V== D. V =84°.

Cau 39. Hinh nén ¢6 ban kinh day bang a, goc
gitta dueong sinh va mit ddy ctia hinh nén bang
60°. Dién tich xung quanh ctia hinh nén la

232

A.S = B.S =2m?. C.
xq 3 Xq
2
s =2 DS -
xq 3 xq
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Cau 40. Cha Luan mudn xay mot bon chita nuée
dang khdi hop chit nhat trén nén da c6 san va
khong c6 nadp tir nhitng vién gach c6 gia 500
dong/1 vién voi chiéu dai, chiéu rong va chiéu cao
lan luot 1a 20 cm, 10 cm, 10 cm. Biét chiéu dai,
chiéu rong va chiéu cao cua khoi hop lan luot 1a 4
m, 2 m, 2m (hinh vé bén). S6 tién ma chti Luan bo

ra d€ mua s gach do la

]

A.580000d0ng. B.751000 dong.
C.295000 dong. D. 571000 dong.
Cau 41. Cho t dién ABCD c6 ABC la tam giac
vuong can tai A, AB=a. Tam giac BCD la tam
giac déu va nam trong mit phang vudng goc véi
mét phang (ABC ) Thé tich khéi cau ngoai tiép ti
dién ABCD la

a6’ s\6na’

A V= . B.V= .
27 9
3 3
C.V= 8J6ra . D. V= 16V6ma’ .
27 27

Cau 42. Mot cai hop hinh tru dugc lam ra sao cho
mot qua bong hinh cau dét vira khit vao cai hop
dd (hinh bén). Ti s0 thé tich ctia khoi cau va khoi

tru bang
‘.

A3, B.2.
4 3
2

c.2.

2
Cau 43. Trong khong gian vdi hé toa d6 Oxyz, cho
ba vecto a=(-1,1;,2), b=(1;-1,0), c=(-L-1;1).
Trong cac ménh dé sau, ménh dé nao sai?

A. || =6.

B.|a,b]=(22,0).

C. @ cing phuong véi b .

D.cLb.
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Cau 44. Trong khong gian véi hé toa do0 Oxyz,
phuong trinh chinh tic cta duong thang
x=-3+2t

d:qy=5-3t la
z=1-4t
x=-3-2m 5 1
Aly=5+3m . g, ¥*3_y=>_z-1
-2 3 4
y=1+4m

.x—3:y+5 _ z+1 D. xX+2 _ y-3 :z—4
2 -3 —4 -3 5 1
Cau 45. Cho ba diém: A(2; 1;-1), B(3; 0; 1), C(2; -1;
3), diém D thudc tia Oy va thé tich cua t& dién

ABCD b?ang 5. Toa do cua D la
A. (0;-7;0). B.(0; 8; 0).
D.(0; -7;0); (0; 8;0).

C

C.(0;7;0).
Cau 46. Trong khong gian vdi hé toa d6 Oxyz, cho

hai duong thang d1:x+7:y—5:z—9’
3 -1 4
x y+4 z+18
d:==—-= .
3 -1 4

duong thang d, va d, bang

Khoang cach gitta hai

A N15.  B20. C.15. D. 25.
Cau 47. Trong khong gian vdi hé toa do Oxyz, cho

mit cau (S):x*+y 42" +4x—2y-21=0 va
M(1;2;—4). Tiép dién cta (S) tai M c6 phuong

trinh la:

A. 3x+y-4z-21=0 B.3x+y+4z-21=0
C.3x-y—-4z-21=0 D.3x+y—-4z+21=0
Cau 48. Trong khong gian vdéi hé toa do Oxyz,
mat phéng (P) di qua diém M (1,1,1) va cdt cac
tia Ox, Oy, Oz lan luot tai cdc diém A, B, C sao
cho thé tich cua t& dién OABC dat gia tri nho

nhét. Phuong trinh mit phang (P) la

A. x+y+z=0. B. x+y+z-1=0.
C.x+y+z-3=0. D.2+LiZ_0.
3 3 3

Cau 49. Trong khong gian vdi hé toa do Oxyz, cho
diém A(l;l;l)vé mat phang (P):Zx—y+32—1=0 .
Phuong trinh mét phang (Q) diqua A, vudng goéc
v6i mit phang (P) va song song véi Oy la
A.(Q):3x—2z-y=0. B.(Q):-3x+2z+1=0.
C.(Q):—Bx—22+5=0. D.(Q):Sx—22+y—2=0.

Cau 50. Trong khong gian véi hé truc toa do
Oxyz, cho hinh hop chit nhat ABCD.A’B'C’'D’,

biét A(0;0;0), B(4;0;0), D(0;4;0), A'(0;0;b);
(a>0; b>0). Goi M la trung diém canh CC'. Hai
mat phang (A'BD) va (MBD) vuong goc voi

nhau thi ti sé’% 1a

A.-=2. B.

a
b
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PAP AN
1.D 6.B 11.C 16.D 21.C 26.C 31.B 36.A 41.C 46.D
2.C 7.A 12.C 17.C 22.B 27.D 32.D 37.B 42.D 47.A
3.D 8.A 13.C 18.C 23.B 28.C 33.A 38.D 43.C 48.C
4.A 9.B 14.D 19.D 24.C 29.D 34.A 39.B 44.B 49.D
5.B 10.B 15.B 20.B 25.C 30.C 35.D 40.A 45.B 50.C

HUONG DAN GIAI CHI TIET:

Cau 1. Pap an D.
-Ham s6 y=x"+3x* +3x+1 co

y' =3x* +6x+3=3(x+1) 20,Vx e R nénkhong
c6 diém cuec tri.

- Ham s6& y=‘x3+3x2+3x+1‘=‘(x+1)3 co 1

diém cuc tri x=-1.
- Ham s6 y=x"-2x*+5 c6 3 diém cuc tri
x=0,x=1,x=-1.

N XHx+l o, X1
-Hams60 y=———— o y' =
x

Yy =0 x=11.

BBT:
x| - -1 0 1 +e0
»' - - 0

| NN\

Ham s0 nay c6 2 diém cuc tri: x=1, x=-1.

Cau 2. Pap an C.

Dua vao bang bién thién, d6 thi ham sd cit truc
hoanh tai 2 di€ém phan biét nén phuwong trinh
f (x) =0 c6 hai nghiém phan biét.

Cau 3. Dap an D.

y:%x3+x2—2:>y':x2+2x:y"=2x+2.

Ti€p tuyén tai diem A[—l;—%j c6 phuong trinh:

. 4 7
y=y (—1)(x+1)——<:>y=—x——.
3 3
Cau 4. Dap an A.
D6 thi ham s6 di qua diém (2;0) nén ta dwoc:
0=2"-(2m-1)2+2 < m=3,
Cau 5. Dap an B.
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Taco: y'= > = Hé s0 goc tiep tuyén can tim
(x -1

1

(a-1)"

Cau 6. Dap an B.

1a k(a)=

Ta co:

) . 2x +2017
lim y = lim ———
X—>+0 X—>+0 xZ + 2x + 3

2x +2017

=lim ———=
o \/273
X, 1+=+—
X x
=y =2 la tiém can ngang cta d6 thi ham s6.
. . 2x +2017
lim y = lim ———
X—>—0 X——0 x2 + 2x + 3
2x +2017

- lim =X 20

— :_2
-X /1+E+%
X X

=y =-2 la tiém can ngang ctia d6 thi ham sd.
Cau 7. Dap an A.
bé d6 thi ham sd b tiém can dung thi
g(x)=2x" —ax+2 cé nghiém. Dit A=a-16.
-Xét A=0 © a=4 hodc a=-4.

x+4 x+4
2% —4x+2 2x-1)

Db thi c6 dung 1 tiém can ding x=1.

fged: y= x+4  x+4
T ax2 2(x+1)2'

D06 thi c6 dung 1 tiém can dang x=-1.

-Xét A>0 < a>4 hoic a<—4. Khi d6 d6 thi
ham s0 c6 ding 1 tiém can ding néu g(x) co
nghiém x=-—4. Diéu nay tuong duwong voi

32+4a+2:0<:>a:—% (nhan).

Cau 8. Dap an A.
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Dit y=f(x)=x'+3x"-2 c6 do thi (C) va
:|f(x)|=|x4+3x2—2| c6 do6 thi (Cl).

Ay Ay
<)

1 . \/1\/ d

-1Y/1 X RS r

-2

Phuong trinh |x4 +3x% — 2| =m la phuong trinh
hoanh d¢ giao diém ctia do thi (C,) va duong
thang d:y=m. Phuong trinh cé ding 4 nghiém
thyre khi va chi khi (C,) va d o6 diing 4 diém
chung. Dya vao d6 thi ta cd: 0<m<2.

Cau 9. Pap an B.

y' =4x* +8x+7. Goi M(xo;yo) e(C), ti€p tuyén
cua (C) tai diém M <c6 hé s6 goc
k=y'(x,)=4x,"+8x,+7

=(2x,+2) +323, Vx, eR

k dat GTNN bang 3 khi x,=-1, tiép diém

M(—l; 13?) PTTT tai M la: y=3(x+1)-—

@y:3x—%.

Cau 10. Bap an B.
Db thi (C) c6 TCD 1a x=1, TCN la y=2 va di

qua cac diém (0;1), e ,-oj nén (C) 1a do thi ham

2x—1
x-1"
Cau 11. Pap an C.

Néu trén moi don vi dién tich ctia méat ho co n

sO y=

con ¢4 thi sau mot vy, s8 ca trén moi don vi dién
tich mat hd
f(n)=nP(n)=480n-20n" (gam).

Xétham s8 f(x)=480x—20x%; x €(0;+).

trung binh can ndng

(Bién s6 n ldy cac gia tri nguyén duwong duoc
thay thé boi bién s6 x 14y cac gia tri trén khoang
(0;4+0)).

Ta co: f(x) =480-40x=0<=x=12.

Bang bién thién:

X —00 12 400
y + 0 -
y 2800

7 T

Tix BBT, trén (0;+), ham s§ f dat gia tri 16n

nhat tai diém x=12. Tkt 46, suy ra f (n) dat gia
tri 16n nhat tai diém n=12.

Cau 12. Bap an C.

Khang dinh C ddng theo tinh chdt ham s&
loogarit.

Cau 13. Bap an C.

Ta co:

?

3 3 —3 13 3
a a9 aﬂ27 — a27 ﬂ81
Cau 14. Dap an D.
Ta co:

3797 =1 37307 =1

&3 P2 2le? +2x-2=0

e x=-1+3vx=-1-3.

Cau 15. Dap an B.

D6 thi (C) qua A(1;2), B(—1;2), cat Oy tai diém

(0;1).

Cau 16. Dap an D.

Ta co:
i b Vi 4@

Gt

(a+3o)(¥a- ) Ya(¥a )

G-t G

(47 +4B) +4a =4
Cau 17. Pap an C.
Trudc tién, ta im t 1é phan hty hang ndm ctia
pu239 .
Ta ¢6 Pu™ c¢6 chu ki ban huy la 24360 ndm, do
do6 ta cé 5=10.e"2"".
Suy ra:

In5-1In10

T 2430

Vay st phan huy cua Pu
thitc S=Ae "™ trong d6 S va A tinh bang
gam, f tinh b%mg nam.

A=—

~-2,84543.10° ~ -0,000028.

# duoc tinh theo cong
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Theo bai ra, ta co:

lni

2=10e°% oy 10 5748 (nam)
~0,000028

Cau 18. Pap an C.

Ta co:

log. \/x—3 =4c>%log5(x—3)=4c>log5(x—3)=8.

Khi dé:
C =logN,§(x—3)—log25 Yx-3
11 1 44
=2log; (x—3)—§.510g5 (x—3) =2.8—g.8 =3

Cau 19. Pap an D.

Ham s6 xac dinh khi
2 +1 X +1
log. | lo >0 1 >1
gz[ g;(x2+3]] Og;(x2+3
2 2
log, x2+1 >0 = x2+1<1
S\x"+3 X +3
2 x> +1
x2+1>0 - >0
x*+3 X +3
2
x2+1>0
=N x2+3 s P<le-1<x<1
x“+1 1
<=
x>+3 2

Tap xdc dinh: D=[-1;1].
Cau 20. Pap an B.
Tacé: f'(x)=2017.e*"%; f"(x)=20177"",
biang quy nap ta ching minh duoc
f(")(x)=2017”62°17"; vneN'. Tt d6é suy ra:
f(2017) (2) = 201727 5034
Cau 21. Pap an C.
Xét ham s8 y =x* Inx trén doan [3; 5].
Tacod: y'= x(2lnx+1)
x=0¢ (3;5)
y=0< 1
x=e?2¢ (3;5)
= y(3)=9In3; y(5)=25In5

= min y=9In3; maxy=25In5
x€[3;5] xe[3;5]

Vay miny =9In3; mgxy=251n5.

xeD
Cau 22. Pap an B.
Ta co:
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[3£(x) £ (x)er=[ 3 () (x)

= £ (), =£(2)-£(0)

Theo gia thiét:
£2)-£(0)=be f2(2)=d +b e £(2)=a’ +b.
Cau 23. Dap an B.

Ta co:
_ 2 _ __
F(x) —I(1+Cot x)dx _Isinz xdx =—cotx+C.
Theo gia thiét:

F I =E:>—cotE+C=E:>C=E.
2) 2 2 2 2

Vay F(x)=—cotx+g

Cau 24. Pap an C.

Taco: I:-[f(x)dx:.[x(x+1)2m7dx-Dét t=x+1
=dt =dx. Khi d6:

e

(x n 1)2019 (x n 1)2018

72019 2018 2019 2018
Cau 25. Pap an C.
Mot vat chuyén dong voi van toc thay doi theo

thoi gian v(t) =f (t) . Quang duong vat di duoc

2019 2018
t t

trong khoang thoi gian tir thoi diém ¢, dén thoi

tZ
diém t, 1a S=[ f(t)dt.
t

1

Cau 26. Dap an C.
y

Tim hoanh d¢ cac giao diém:
Ex—x2 =—x=x=0; 1—Ox—x2 =x-2=x=3.
3 3
Duwa vao d6 thi (hinh bén) dién tich hinh phéng
can tim la:

1 3
Szj Ex—x2+x dx+j Ex—xz—x+1 dx
3 3
0 1

13
=—(d.v.d.t
5 (dv.db)
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Cau 27. Pap an D.

Y
4-

y=(x-2)?

oo 1 2 3 VY «x

Tacéd: V= ch.[(x - 2)2 T dx = % (d.v.t.t).
0

Cau 28. Bap an C.

Lwc F (x) dung dé nang tti nuéc chinh bang
trong lwgng cua nudce. T gia thiét suy ra F (x) la
ham bac nhat theo d0 cao x cua tii nwdc:

F(x) =1o(2020x] =10-7 (N).

Cong sinh ra:

A:IOF(x)dx=T(10—§de=(10x‘xzzj

5

=31,25 (N.m)=31,25(]).

Cau 29. Pap an D.
Ta co:

10
5

z=a+bi < z* =a* —b* + 2abi
:‘zz‘ =\/(a2 —192)+(2ab)2 =a’ +b° =|z|2
Cau 30. Pap an C.

1 1 m n

Tacd:— = - = - i,
z m4ni m*+n* m®+n’

Cau 31. Dap an B.

Ta cO cac diém co toa do (2;5) va (—2;5) biéu
dién 2 s8 phtic trén d8i xiing qua Oy .

Cau 32. Pap an D.

Ta co:

2 =87 -8=0c(z-2)(z" +22+4)=0
<:>z:2vz:—1+\/§ivz:—l—«/§i

Khoéng mat tinh tong quat, diém A(Z;O),
B(—l; \/5), C(—l; —\/?7) biéu dién céc s6 phuc la
nghiém cta phurong trinh da cho.

Ta cé:

BC =2+/3; d(A;BC)=3
1

ABC ZE

=S d(A;BC).BC =34/3.

Cau 33. Dap an A.

Ta c6: Goi z=x+yi (x,yeR) .

Ta cod
|x—2—4(y—4)i|=|x+(y—2)x|<:>y=—x+4

Do d6 tap hop cac diém biéu dién s§ phtc z la
duong thang c6 phuong trinh x+1y—4=0

Mt khac

|z| =\/x2 +y° — 2 +x2—8x+16 =2x* —8x+16

Hay |z|=2(x—2) +8>22 .

Vay |z|min<:>x:2:>y=2.Vr§1y z=2+2i.

Cau 34. Dap an A.

Ta cé: z=24+7i=z=24-7i Suy ra a+2b=10.
Cau 35. Dap an D.

Cé6 5 khoi da dién déu la cac khoi t¢ dién déu
{3;3}, khéi 1ap phuong {4;3}, khéi bt dién déu
{3;4}, khdi mudi hai mat déu {5;3} va khdi hai
muoi mat déu {3;5}.

Cau 36. Dap an A.

1
—dlA;(A'B'C'")).S
Ta cé: Varwe =3 ( ( )) 1)

A'B'C'

| 1
Ve anc Sd(Ci(4BC)):s

= ABC
Do S5 =S, e va d(A;(A'B'C'))=d(C;(ABC))

Virwe
nén (1): 242 =1
C'ABC
Cau 37. Dap an B.
Goi M la trung diém BC.

BC L AM
Ta c6: = BC L(SGM).
BC 1SG
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Dung GH 1 SM =>GH L(SBC)
:GH:d(G;(SBC)). Xét ASGM vudng tai G:

1 _ 1 1
GH> GS* GM?
1 1 1 1

C T G o R e

2
) 1 1 \3(20) 32
Vay VS.ABC = gGS'SABC = 561. (4 ) = 3 .

A’ B’

Goi AB=t= AA'=t; A'C'=tJ2.
1 J2r2

SuyraS,,,. =EAA'.A'C' =

28
2

=220 = t=2a.

Theo gia thiét:

Vay V, = (2«1)3 =8a’.

BCD.A'B'C'D" —

Cau 39. Pap an B.
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Goi SA la mot duong sinh. Ta c6 goc gitta SA va
mat ddy la goc SAO = 60"
Xét ASOA vudng tai O:
cosSAO _o4 < SA __o4 2a.
S5A cosSAO
Véay I=2a=S, =ml=2ma".
Cau 40. Dap an A.
S6 vién gach la:

V. -V, _
hép thuc _ 422 3,81,82 :1160 Vlénl
Vl vin glch 0/ 2~O,1.0,1

So tién 6ng Bao bo ra la: 500.1160 = 580000 dong.
Cau 41. Dap an C.
A

Ta cd: BC= a\/i .Goi H la trung diém canh BC
Do (ABC) L(BCD)= DH L (ABC).

Do AABC vuong cannén DH la truc duong tron
ngoai ti€p AABC (1). Mt khac, ABCD déu nén
G 1a tam duwong tron ngoai ti€p ABCD (2).

Tt (1) va (2) suy ra G la tam mat cau ngoai tiép
tir dién ABCD va ban kinh

a2 )3
R=GD=ZGH=2.( ) _av6.
37737 2 3
3
Vay khi cau c6 the tich Ia: V:§RR3:8\/2€7M.

Cau 42. Pap an D.

N >

Fi
f A
|

A
Ve !
Ad" “\.(
. LR

-~ -
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Goi r la ban kinh ctia hinh cau. Suy ra, hop hinh
tru c6 ban kinh day r'=r va chiéu cao h=2r.

Hinh cau c6 thé tich1a V, = %an.

Hinh try ¢ dién tich 1a V, =hn(r')’ =2n°. Vay
v, 2

1

vV, 3

Cau 43. Dap an C.
Tacd [a,b|=(2:2;0)#0.
Vay i khong cuing phuong véi b.
Cau 44. Dap an B.
Puong thang d di qua diém M (—3; 5;1) vacdl
vecto chi phueong la u= (2;—3; —4) nén
u'= (—2; 3;4) cting la vecto chi phuong cta 4.
Vay phuong trinh chinh tic cta d:
x+3 y-5 z-1

-2 3 4
Cau 45. Dap an B.

Vi D thudc ta Oy nén D(0;y;0) véi y>0.

Ta co:
AB=(1,-1,2),AC=(0;-2;4), AD=(-2y-1,1)

= AB,AC |=(0;-4;-2)

Voo =%‘[E,A—C].E‘ o [2-4y|=30

{y =-7 (loli)

=

y=8=M(0;8;0)

Cau 46. Dap an D.

Nhan xét rang hai duong thang d, va d, song

song.

Goi M(-7;5;9)ed,, N(0;—4;-18)ed, .

Ta c6 MN =(7;-9;-27), ua, =(3;-1;4)

suy ra | MN, s, |=(-63;-109;20).
[, ]

Vay d(d,;d,)=d(M;d,)="—=——==

25.

Cau 47. Dap an A.

Mit cau (S) c6 tam1a I( -2;1,0)

Ti€p dién cua (S) tai M c6 mot vécto phap tuyén
la IM=(3;1;-4)

Phuong trinh ti€p dién la:

3(x—1)+(y—2)—4(z+4)=0
<3x+y—4z-21=0.

Cau 48. Dap an C.

Gia st A(a,0,0), B(0,b,0), C(0,0,c) véi a,b,c>0
Khi d6 thé tich t& dién OABC la

V= 1OA.OB.OC = 1 abc .
6 6

Phuong trinh mét phang (P) la: 4 % +221.
a c

Vi M e(P) nén 1 +%+1 =1. Theo BDT Cauchy:
a c

1=1+1+12 3

a b c 3abc
xay rakhi a=b=c=3.

Suy ra minV:%:g khi a=b=c=3.

< Rlabc >3 < abc>27, dau

“_rr

Vay phuong trinh (P) la:
X Yy z

—+Z+-=1x+y+2z-3=0.
3 3 3

Cau 49. Dap an D.

Ta c6 mat phang (P) c6 vecto phap tuyén la:
gy = (2:-1:3).

Truc Oy c6 vecto chi phwrong la:

j=(0;1;0) :[ﬁm,]} ~(-3:0,2).

Mat phéng (Q) di qua A(l;l;l) va nhan

[u(P),j} =(-3;0;2) lam vecto phép tuyén.
Phuong trinh mét phang (Q) la:
—3x+2z+1=0//Oy.

Cau 50. Pap an C.

Mit phing (A'BD) c6 mot vecto phap tuyén la
n = [@,ﬁ} = (ab,' ab; a* )

Mit phang (BDM) c6 mot vecto phap tuyén la

i, =[@,W} =(%b;%b;—a2j.

Ta co:

(A'BD) L(BDM) <> i ii, =0
21,2 212
T LAY 0ea-be o1l
2 b
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Phuc lucl:
Gia tri I6n nhat, gia tri nhé nhat cia ham so
va uing dung trong thuc tién

I, Co s6 ly thuyét.

1. Dinh nghia.
Cho ham s8 y = f(x) xdc dinh trén tap D.

a. S6 M duoc goi la gid tri 16n nhat ciaham s6 y = f (x) trén tap D néu
f(x) <M véimoi x thudc D va ton tai x, € D sao cho f(xO ) =M.

Kihiéu: M = max f(x)

b. S8 m duoc goi la gia tri nho nhét ctia ham s y = f(x) trén tap D néu
f(x) >m voi moi x thude D va ton tai x, € D sao cho f(xo ) =m.

Ki hiéu: m= mDmf(x).

2. Quy tic tim gid tri 16n nh4t, gis tri nhé nhait caa ham s trén mot doan

Nhan xét:

Néu ham s6 don diéu ( dong bién hodc nghich bién) trén doan [a,b] thi gia tri

16n nhét, gia tri nho nhat ciia ham s6 trén doan [a,b] dat duoc tai diém dau
mut cua doan
(day la kién thiic quan trong dé€ ap dung khi quy doc gia giai nhanh céc bai
toan tric nghiém, khi da nhan ra ham s& don diéu trén doan [a,b] quy doc gia
khong can tim dao ham ctia ham sd niva ma tim gia tri cia ham s6 tai hai diém
dau mat luén).

Quy tac:

Buéc 1: Tim cac diém x,, x,,...,x, trén khoang (a,b) ,taido f (x) b?mg 0 hoac

f '(X) khong xac dinh.
Butc 2: Tinh f(a), f(x,), f(x,) - f(x,), £ (b)-

Budc 3: Tim s6 16n nhat M va s& nho nhat m trong cac s6 trén. Ta co
M=max f(x),m=min f(x).
nax f (x),m = min f(x)

Pinh 1y: Moi ham s6 lién tuc trén mot doan déu cd gid tri 1on nhat va gia tri
nho nhat trén doan do.

Ta cé vi du sau:

Chii yj: Ham s6 lién
tuc trén mot khoang
6 thé khong 6 gid tri
16n nhat, gid tri nho
nhat trén khoang dé.

Tim gia tri I6n nhat, gia tri nho nhat cia ham sd y = \/; trén khoang (0; 1) )

Loi giai:

Ta thay rorang y' = b >0, Vx e (0; 1)nén ham s6 ludn dong bién trén (0,'1),

24x
va khong ton tai gia tri 16n nhat gia tri nho nhét cia ham s6 trén khoang (O; 1).
Do vay tlr day ta rut ra rang dinh li trén khong luén diang véi mot khoang ma

chi ding véi mot doan.
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Trén day t6i néi khong luén dung, cht khong dung ttr luén khéng dung boi vi
Cling ¢6 nhitng ham s6 co gia tri 16n nhat hodc gia tri nho nhat trén mot
khoang, nhw 6 vi du sau day:

II, Ap dung thuc t&

Vi du 1: Bac néng dan mudn lam mot hang rao trong rau hinh ch nhat c6
chiéu dai song song véi hang twong gach. Bac chi lam ba mat hang rao boi vi
mat thi te bac tan dung luén bo trong( nhu hinh vé 1). Bac du tinh sé dung
200 m lwdi sat ¢& 1am nén toan bo hang rao d6.
Dién tich dat trong rau 16n nhat ma bac c6 thé rao nén la

A. 1500m* B. 100001 C. 2500m° D. 5000m

Phan tich: Chon D.

Pé bai cho ta dit kién vé chu vi cua hang rao la 200 m. Ttx d6 ta sé tim dwoc moi
quan hé gitra x va r, dén day ta cd thé dwa vé ham s6 mot bién theo I hodc theo r
nhu sau:

Ta co x+2r=200<:>r=100—§.Tfrdéytac() r>0=x<200.

a2
Dién tich d&t rao dugc tinh boi: f(x)= x.(lOO - gj ==~ +100x.

Xétham s6 f(x)= _sz +100x trén khoang (0; 200).

Dén day ap dung quy tac tim gid tri 16n nhat, gia tri nho nhat ctia ham sd trén
doan nhu ¢ phan ly thuyét trén thi ta c6 phuong trinh:
f'(x)=0<—x+100=0< x=100

Tk dotacod f (100) =5000 1a gia tri 16n nhat ctia dién tich dat rao dugc.

Trén day la cach lam 4p dung quy tac chting ta vira hoc, tuy nhién t6i muén
phan tich thém cho quy ddc gia nhu sau: Ta nhéan thdy ham s6 trén 1a ham sd

bachai cOhé sd a= —% <0, vay do thi ham s6 c6 dang parabol va dat gia tri

’ A, . b A /4 \ N\ . \ \ N ~ .7 . 7 A,
lon nhat tai x =—— . Vay ap dung vao bai nay thi ham so6 dat gia tri I6n nhat

2a
. -100 N A ULA A \
tai x = — - 100. Ttr d6 tim f(lOO) ludn ma khong can di tinh f (x) .
-=2
2

Vi du 2: Mot ca si cé budi dién am nhac véi gid vé da thong bao 1a 600 d6 la thi
sé ¢6 1000 nguoi dat vé. Tuy nhién sau khi da c¢6 1000 nguoi dat vé vai gid 600
dd la thi nha quan I kinh doanh ctia ca si nay nhan thdy, ct véi mdi 20 d6 la
giam gia vé thi sé thu hat dugc thém 100 nguoi mua vé nén 6ng quyét dinh mo
ra mot chwong trinh giam gia vé. Tim gia vé phu hop dé€ c¢6 duoc s6 tién vé thu
vao la cao nhat va s tién d6 la bao nhiéu?

A. 400 d6 la/ vé, so tién thu vao la 800 000 d6 la

B. 400 d6 1a/ vé, s0 tién thu vao la 640 000 d6 la

C. 100 d06 la/ vé, so tién thu vao la 11 000 d6 la

D. 100 d6 la/ vé, sO tién thu vao 1a 110 000 d6 la
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Ty luyén: Giai quyét vi
du 2 bang viéc thay s&
liéu nhw sau: véi gia la
1650 d6 thi c6 900
ngudi mua vé, va moi
80 do6 giam gia sé thu
hut thém 80 nguoi.

Phan tich: Chon A.

Goi x la s6 Tan giam bot di 20 d6 la trong gia vé. Khi d6 gid vé sé la 600—20x
mot nguoi.

SO nguoi mua vé sé 1a 1000 +100x .

Khi d6 so tién thu dwoc sé la:

£(x) =(600—-20x)(1000 +100x ) = ~2000x +40000x +600000

Twong tw nhw Vi du 1 thi ham s6 1a ham s6 bac hai ¢6 hé s6 a=-2000<0 ta sé
ap dung két qua da dugc dua ra d6 la ham so sé dat gia tri 16n nhat tai
-b  —40000

" 24 2.(—2000)
Khi d6 f(10)=800000.

Gidi thich thuc té: Nguyén li ctia bai todn nay chinh la cang giam gid vé thi cang thu

hut thém nhiéu ngwoi mua.

Vi du 3: Bac Tdm c6 cai ao c6 dién tich 50m* d€ nudi ca. Vu vira qua bac nuoi
véi mat d6 20 con/ m* va thu duge 1,5 tdn ca thanh phdm. Theo kinh nghiém
nudi ca ctia ctia minh, bac thay ctt tha giam di 8 con / m” thi mdi con ca thanh
pham thu dugc téng thém 0,5 kg. Vay vu téi bac phai mua bao nhiéu con ca
giong dé€ dat duoc tong nang sudt cao nhat? ( Gia st khong c6 hao hut trong
qua trinh nuoi).

A. 488 con B. 512 con C. 1000 con D. 215 con.

Phan tich: Chon B
SO ca bac da tha trong vu vira qua la 20.50=1000 con.
Tiép dén ta phai tim xem néu gidm di x con thi mdi con sé tang thém bao nhiéu.
Trong hoa hoc cac quy ddc gia da hoc cach lam nay roi, va bay gio toi sé giodi
thiéu lai cho quy ddc gia:
Khi giam 8 con thi nang sudt tang 0,5kg / con.

Khi giam x con thi ndng sudt tang a kg / con.

0,5.x
8

Dén day ta tinh theo cach nhan chéo: a= =0,0625xkg / con .

Vay san luong thu dugc trong nam toi cia bac Tom sé la:
f(x)=(1000-x)(1,5+0,0625x) kg
f(x)=-0,0625x> —1,5x + 1500 + 62, 5x

=-0,0625x" + 61x + 1500
1. An MODE - 5: EQN — 4n 3 dé giai phuong trinh béc 2.
2. Lan luot nhap cac hé s6 vao va dn bang cho dén khi may hién :

Math Wk

A=Walue HgHimum=
| 488

Luc d6 ta nhan duoc ham s6 dat GTLN tai x =488. Vay so ca giam di 1a 488
con. Bén day nhiéu ddc gia cd thé sé chon ngay ddp an A. Tuy nhién dé bai hoi
“vu téi bac phai mua bao nhiéu con ca giong” thi ddp an ching ta can tim phai
la 1000488 =512.
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Trén day 1a ba vi du vé tim gia tri 16n nhat, tiép theo ta c6 vi du vé tim gia tri
nho nhét ctia ham s6 bac hai ttng dung trong thyc tién nhu sau.

Vi du 4: Mot cong ty kinh doanh thire pham wéc tinh rang s6 tién thu vao &
viéc kinh doanh rau dugc tinh xap xi bang cong thitc
h(x)=x* —29000x +1000 100 000 va tién lai dwoc tinh bang cong thirc

g(x) =1000x +100000 v6i x 1a s8 tién cho mdi kg rau. Tim x dé s& tién vén bo

ra la it nhat.

A. 15000 déng B.30000 dong  C.10000 dong  D. 20000 dong.

Loi giai Chon A.

Khi d6 s8 tién vén bo ra sé dugc tinh bang cong thiic f(x) = h(x) - g(x)
— x* —30000x +1000000000 = (x —15000)° +775000000 > 775 000 000
D&u bang xay ra khi x =15000.

Két ludn: Véi ham bac
hai tim GTNN ta c6
thé dwa vé dang
f(x) :(ax—b)2 +A.
Dau béng xay ra khi

b

X=—.
a

Vi du 5: Chu ctia mot nha hang mudn lam twong rao bao quanh 600 m* dat dé
lam bai dd xe. Ba canh cua khu dat sé duoc rao bf‘ing mot loai thép vdi chi phi
14 000 dong mot mét, riéng mat thi tw do tiép giap véi mat bén ctia nha hang
nén duoc xay bang tuong gach xi mang véi chi phi 1a 28 000 dong mdi mét. Biét
rang cong vao ctia khu d xe 1a 5 m Tim chu vi ctia khu dat sao cho
chi phi nguyén liéu bo ra la it nhat, chi phi d6 la bao nhiéu?

A. 100 m, 1 610 000 dong B. 100 m, 1 680 000 dong

C.50m, 1610 000 dong D. 50 m, 1 680 000 dong

Phan tich: Chon A.
Ta c6 cac kich thwdc dwoc ki hiéu nhw sau

Do dé da cho dién tich khu dat nén xy =600 = y = %

Chi phi nguyén liéu dugc tinh bang cong thiic

f(x)= (x ~5+ 2.6—20}14000 +28000x = 42000x + m ~70000 voi x > 5.
Nhan thdy x duong, do vay ¢ day ta cé thé nhan ra ngay bat dang thitc Cauchy
véi hai s6 duong. Vay f(x)=> 2J42000x.M ~70000 = 1610000

D&u bang xay ra khi 42000x = —16803?000 < x=20

Vay chu vi cia khu détla 2.(x+y) = 2.(20 + 62%)) =100m .

Chii yj: Nhiéu doc gia quén trir di doan cong vao nén sé chon nham phuwong an
B hoac D.
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Vi du 6: Mot cong ty san xudt khoai tay chién gidi han vé kich thudc hop sao
cho tong chiéu dai I cia hop khoai tay chién va chu vi duong tron day khong
vuot qua 84 cm (d€ phu hop véi phuong thiic van chuyén va chiéu dai truyén
thong cua dong san pham). Cong ty dang tim kich thudc dé thiét k& hop sao
cho thé tich dung khoai tay chién 1a 16n nhat, thé tich d¢6 la:

29152 cm’ B. 29152 ¢’ C. 14576 cm® D.
T TT

14576
cm

A.

Phan tich: Chon A.

Do dé bai yéu cau tim thé tich 16n nhat ctia hop khoai tay chién va tong chiéu
dai [ va chu vi dwong tron day khong vuot qua 84 cm nén:

Néu mudn thé tich 16n nhat ta sé 1dy gidi han max cua tong do dai tic la

[+P =84 < [+2nr =84 vdirlaban kinh duwong tron day.

& 1=84—2nr. Thé tich ctia hop khoai tay chién duwgc tinh bang cong thic:

V =mr’l =mr® (84—2nr) =84mr* — 211’ = f(r)

28
Tac6 f'(r)=168mr —6n*.r> =6mr(28-wr) =0 |~ 7 -0,
r=0
Gidng nhu trong cudn Bo dé tinh tay on thi THPT qudc gia ndm 2017 toi da viét
thi quy doc gia c6 thé nhan ra ngay f (0) la gia tri cyec ti€u ctia ham s6, f [ﬁJ
T
la gia tri ciee dai ctia ham s6. Vay dén day ta tw duy nhanh
T T

Vi du 7: Mot nguoi ¢6 mot dai duy bang dai 130 cm, nguoi d6 can boc dai duy
bang do d6 quanh mot hdp qua hinh tru. Khi boc qua, ngwroi nay dung 10 cm
ctia dai duy bang dé that no ¢ trén nap hop ( nhw hinh vé minh hoa). Héi dai
duy bang c6 thé boc dugc hop qua cé thé tich 16n nhat 1a bao nhiéu?

A. 4000w cm®  B. 32000m cm®  C. 1000 cm®  D. 16000m cm®

Giai thich thuec té:
Viéc dé bai cho do
dai dai duy bang
chinh la da cho tong
ctia chiéu cao va

duong kinh day.

Phan tich: Chon C.

Mot bai toan thuee t€ kha hay trong ting dung cua viéc tim gia trj 16n nhat caa
ham s8. Ta nhan thay, dai duy bang tao thanh hai hinh ch@ nhat quanh cai hop,
do d6 chiéu dai ctia dai duy bang chinh la tong chu vi cua hai hinh ch@ nhéat
d6. T4t nhién chiéu dai duy bang da phai trir di phan duy bang dung dé that
no, cé nghia la: 2.2.(2r+h)=120<h=30-2r

Khi d6 thé tich ctia hop qua dwoc tinh bang cong thiic:

V =Bh=ns*(30-2r)=m(-2r" +30s")

Xétham s& f(r)=-2r"+30r> trén (0;15)
f(r)=—6r+60r; f'(r)=0e|" =o()
Khi d6 vé BBT ta nhan ra z(\o/f%a)c f(r)=£(10) . Khi d6 thé tich ctia hop qua

V =Bh=m10%10=10007.
Trén day 1a nhiing bai toan c6 muic d x ly ham sd don gian nhu bac hai hodc
bac ba, sau day ta cing dén véi vi du ¢d ham s6 phtic tap hon.
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Vi du 8: Mot nguoi phai di dén mot cdi cay qui trong ring cang nhanh cang tot.

Con duong mon chinh ma ngwoi ta hay di dwoc miéu ta nhw sau:

Ttr vi tri nguedi d6 di thang 300 m gép mot cai ao nén khong di tiép dugc nita,

sau khi ré trai di thang 600 m duong riing sé dén céi cay
qui do.

Biét rang néu di duong mon thi anh ta c6 thé chay véi toc
do 160m / phiit, con khi di qua riing anh ta chi c¢6 thé di voi
toc d6 70m / phiit.

D6 la con duong di truyén thng ma nguoi ta hay di, vay
con duong di ma mat it thoi gian nhat dwoc miéu ta

A. di thang tir vi tri nguoi d6 ding dén cai cay.

C. di theo cach truyén thong ¢ trén.

o

600 m

B. di theo duwong mon 292 m roi ré trai di dén cai cay. /:%

A. di thang 8 m r6i ré tréi di dén céi cay.

Ta c6 hinh vé:

Phan tich: Chon D.

600 m

@)
/( 300 —x X

300 m

A\ 4

Ki hiéu nhw hinh vé trén ta cé
Tong thoi gian nguwoi d6 di dén cai cay duoc tinh theo cong thirc:

; _300—x+\l6002+x2

f(x) 50 o V61 0<x<300

300 m

Dén day cong viéc cua ta la di tim gid tri nho nhat cia ham s6 f (x) trén

[O; 300] . Talan luot lam theo cac budc: f' (x) =

1 1 2x

— .
160 70 2./600% + x*

£(x)=016x=7600° +x* < 256x" =49.(600° +x* ) «>207x* =49.600°

2= 49.600° 7.600

=x
207 R /207

Dbén day nhiéu ddc gia co thé voi chon B. Tuy nhién nhin ki thi thdy D méi

dung, vi theo miéu ta thi nguoi d6 sé di 300 — x mét sau d6 thi di thang dén cai

cay.
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Vi du 9: Puong cao t6c méi xay noi hai thanh phd A va B, hai thanh phd nay
mudn xay mot tram thu phi va tram xang ¢ trén
duong cao t6c nhu hinh vé. D€ tiét kiém chi phi
di lai, hai thanh phé quyét dinh tinh toan xem
xay tram thu phi ¢ vi tri nao d€ tong khoang cach
tir hai trung tdm thanh phd dén tram 1a ngan
= nhat, biét khoang cach tir trung tdm thanh phd
A, B dén duwong cao toc lan luot 1a 14 60 km va 40
40 km va khoang cach gitra hai trung tam thanh phd
Q la 120 km (dwoc tinh theo khoang cach ctia hinh
120 chiéu vudng goc ctia hai trung tam thanh phd lén
""""""""""""""""""""""""""""" duong cao toc, tiec 1a PQ ki hiéu nhu hinh vé).
Tim vi tri ctia tram thu phi va tram xang? (Gia st
chiéu rong cta tram thu phi khong dang keé).
‘ A. 72 km K& ti P. B. 42 km k& tit Q.

Tram :thu ®h Tram xank

C.48 km ké tir P. D. tai P.
Phan tich: Chon A.
V& lai hinh vé thi ta cohinh~ Thuc chat bai toan tro thanh tim x d& AC + BC nho nhat.

vé don gian hoa nhu sau: Theo dinh li Pytago ta c6 AC =/60” +x” ;

A BC = (120 - x)° +40> =* — 240 + 16000
B
Khi d6 f(x)=AC +BC=x* +3600 +/x* —240x + 16000 .
60
40| Ta can tim Min f(x).
X 120 - x (012)
P —
¢ Q Ta o6 f'(x)= al + x 120 , khi bdm mdy tinh nham
Vx? +3600  \/x* —240x +16000
nghiém bang cach nhap vao man hinh biéu thitc f' (x) vadn ‘SHIFT‘ ‘SOLVE‘ va
chon mot sd nam trong khoang (0; 120) dé do nghiém, nhu t6i nhap 2 may nhanh
chéng hién nghiém la 72 nhu sau:
[ & Math
Chu y: Véi nhitng bai ' ¥
toan c6 biéu thixc dao :;Iilﬁi +3600 "IIHE_E"'.I'
ham kha phtc tap, l L_E_ I:I
trong bai todn tim -
GTLN, GTNN thuong Bam may tinh st dung nit TABLE ta nhan thdy phuong trinh ¢6 duy nhat mot

sé co mot nghiém duy N . ' o 1 L, , .
nghiém nay do f (x) chi do6i dau qua 72. Khi d6 ta c6 BBT sau:

nh&t ndm trong
khoang dang xét, vi

0
vay ¢ day ta tht * 72 120
nghiém ludn dé tiét f(x) _ 0 +

kiém thoi gian

fx) \ /
Mi

Vay tuir d6 ta c6 thé két luan CP=72.
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B6 sung mét s6 dang vé nguyén ham — tich phan

1. Tich phan va nguyén ham mot s6 ham lugng giac

a. Dang _[sinm x.cos" xdx trong d6 m,n 1a cac s6 tw nhién.

Truong hop 1: Trong hai s6 m, n cd it nhat mot s 1é.

Ly thtra cua cosx las61é, n=2k+1 thi d6i bién
u=sinx

Ly thtra cua sinx las61é, m=2k+1 thi d6i bién
U =COSX

k
Isin’" x.cos” xdx = J.sinm x(cos2 x) cosxdx

=sin” x(l —sin? x)k .(sin x)' dx

k
J.sin"1 x.cos” xdx = Icos” x(sin2 x) sinxdx

= —J- cos” x.(l — cos® x)k (cos x)'dx

= —I(l -’ )k u'du

Vi du 1: Tim I sin’ x.cos” xdx .

Loi gigi

Vi lity thira ctia sinx la s6 1€ nén ta d6i bién u =cosx.

2
J‘sm5 x.cos? xdx = —J(l —cos? x) .cos’ x.(cos x)' dx

=— (1—u2)2 .uzduzj(Zu4 —u’ —u6)du

_2cos’x cos’x cos’ x

5 3 7

5 3 7
2w w W
5 3 7

+C.

Trudng hop 2: Ca hai s6 m, n déu 1a s& chdn: Ta st dung cong thiic ha bac dé

giam mot nira s6 mil cta sin x; cos x, d€ lam bai toan trd nén don gian hon.

b. Dang j sin mx. cos nxdx , I sin mx.sin nxdx , J.cos mx. cos nxdx .

Ta st dung cong thirc bién d6i tich thanh tdng trong luwong giac.

tan” x

¢ Dang I cos” x

dx trong d6 m,n 1a cic s6 nguyén.

Lity thtra cua cosx 1a s6 nguyén dwong chan,
n=2k thi ta d6i bién u =tanx

Ly thtra ctia tan x 1a sd nguyén duong 1€,

m=2k+1 thita doibién u=

dx = -
cos

tan™ tan™ 1
e

:Iﬂ (tanx)'dx

(cos2 ) .
= Itanm x.(l + tan® x)ki1 .d(tan x)

=.|.um.(1+uz)kf1 du

COS X
.2 sin x ,
Khi dé u'= ,do dé
cos” x
tan” x dy — tan®* tanx J
j —dx = j —. X
cos" x cos CcOSs X

2 .
:J‘ COos™ X S x dx

cos” x

= (u2 - 1)k " du
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Vi du 2: Tim nguyén ham

dx dx .

N J-tan6 x b J-tan5 x

cos* x cos’ x

STUDY TIP: Ki hiéu
deg(P(x)) 1a bac cua
da thie P(x).

N e

Loi giai
a.Do lity thira ctia cosx 1a s6 nguyén duong chdn nén dit u = tan x . Tir cong

thirc tong quat da chitng minh ¢ trén ta c6

9 7 9 7
clx=J.u6.(1+uz)ldu=%+u7+C=ta;1 tan +C.

j tan® x
cos® x

b. Do lay thtra ctia tan x 1a mot s6 1é nén ta dat u=

, do vay, ttr cong thtrc
oS X

tong quat chiimg minh 6 trén ta co

5 11 9 7
ftan xdx=.|.(u2 —1)2 whdu =t 2 W ¢
cos’ x 1 9 7
L - + L +C.

11cos™ x 9cos’ x cos” x

2. D6i bién lwgng giac

Khi nguyén ham, tich phan cta cac ham s6 ma biéu thttc ctia n6 c6 chira cac

dang \x* +a? x> —a* ,Na* — x* , thi ta c6 cach bién d6i luong gidc nhu sau:
Dai bién

x=|a|tant, te[—z;zj
22

Biéu thitc c6 chira

Hoac x= |a| cost,te (O; TC)

x:|a|sint, te[—z;z}
2°2

Hoic x = |a| cost,te [O; n]

X =acos2t

x=a+(b—a)sin2 t,te{O;g}

3. Nguyén ham va tich phan caa ham phan thtc hitu ti

} P(x) .
Cho ham s6 y = f(x) c6 dang f(x) = Q( ) trong d6 P va Q la cac da thttc, va P
x

khong chia hét cho Q.

Ham f duoc goi la ham phan thirc hitu ti thwe sw néu deg(P)<deg(Q).
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Trong cac bai toan tim nguyén ham va tich phan ctia ham phéan thitc hiru ti, néu
f (x) chua phai la ham phan thiec hitu ti thiee sy thi ta thiec hién chia da thiec
twr s6 cho da thiee mau s8 dé duoc:
£ =20 s RO gy ane),
Q(x) Q(x)
Khi d6, h(x) s&la ham phan thitc hitu ti thye sy.

Dinh ly: Mot phan thiee thuc su ludn phan tich duoc thanh tong cac phan thic
don gian hon.
1 ax+b ax+b

D4 la cac biéu thirc c6 dang ; == ;
xX—a (x—a) XD +px+q (x2+px+q)

p la cac

tich phan c6 thé tim nguyén ham mot cach dé dang.Dé tach duoc phan thiic ta
dung phuong phap hé s bat dinh.
a. Trwong hgp phwong trinh Q(x) =0 khong c6 nghiém phttc va cic nghiém
déu 1a nghiém don.

Q(x) = (alx +b, )(azx +0b, )...(akxk +b, )

(S8 nhan ti chinh bang bac ctia da thiic Q(x) ).
Trong treong hop nay, g ¢6 thé biéu dién dudi dang

g(x)=

R(x) A A LA

1 2
= + .
Q(x) ax+b, ax+b, ax+b,

Sau khi biéu dién dwoc g(x) vé dang nay, bai toan tro thanh bai toan co ban.

4x-3

Vi du 3: Ho nguyén ham ctia ham s f (x)zm la
A. F(x):élln|x—2|+lnx—_1 +C
x—2
B. F(x)=41r1|x—2|—lnx—_1 +C
x—2
C. F(x):—4ln|x—2|—lnx—_2+C
x—1
D. F(x):4ln|x—2|—lnx—_2+C
x—1
Phdin tich
Pap an B.
,  4x-3 4x -3 A B Ax—-2A+Bx-B
Ta cé =

x’ —3x+2:(x—2)(x—1):x—1+x—2 - (x—l)(x—Z)
Khi d6 (A+ B)x—2A—B=4x—3, dong nhét hé s& thi ta duoc

A+B=4 A=-1
=
2A+B=3 " |B=5
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Kiém tra kha ning vin
dung tie vi du 3:
Tim

I x> +2x -1

= 77 © dx
2x°% +3x% = 2x

Ta co I% _J(x 1 jdx——ln|x 1|+51n|x 2|+C

-1

—4ln|x 2|+ln +C.

+C 4ln|x 2| ln
-1

X —

bap s0 bai tap kiém tra kha nang van dung:

2 —
.[Lb(ldx:1.Ir1|x|+i.ln|2x—1|—l.ln|x+2|+D
2x% +3x% —2x 2 10 10
, . X2 el
Vi du 4: Biét I=_[4—dx=aln2+bln3+cln5+dln6+eln7.Kh1 doé

2 xt —5x% +4

6a+3b+6c+3d +2e c6 gia trila

STUDY TIP: day la
dang toan tich phan
chéng casio da gap
trong dé minh hoa lan
2.

A. -16 B. —Q C. 16 D.Q
6 6
Phan tich
Pap an A.
, x> +2 X +2 A B C D
Ta co =

¢ -5¢ 14 (x—1)(x+1)(x=2)(x+2) x-1 x-2 x+1 x+2
=’ +2=A(x" —4)(x+1)+ B(x* ~1)(x +2)
+C(x* —4)(x 1)+ D(x* =1)(x—2),vx (*)

\ sa L
Thay x=1 vao (*) tacéd A= >
Thay x=2 vao (*) ta co Bzg

Thay x=-1 vao (*) ta céd C:%

1
Thay x=-2 vao (¥*) tacé D=—
y () :
Loi gigi
5 3
x +2
=1, =|———dx
1 7[x4—5x2+4
15
_54(x fx 2 6l 1 Ix+2

:[—lln|x—1| +§ln|x—2| +lln|x+1| +lln|x+ 2|J‘5
2 6 6 2 4

:—ln2+§ln3+lln6+lln7— —lln3+§ln2+lln5+lln6
6 6 2 2 6 6 2

:—El 2—éln3—lln5—11n6+lln7
6 3 6 3 2

Khi d6 6a+3b+6¢c+3d+2e=-11-4-1-1+1=-16.

b. Truong hop Q(x)=0 khéng cé nghiém phirc, nhung cé nghiém thyc la
nghiém béi.

Néu phuong trinh Q(x) =0 c6 cac nghiém thyc a,;4a,;..;a, trong d6 a, la
R(x)
Q(x)

nghiém boi k thi ta phén tich g(x)=

vé dang
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A A A B B
()= +—2 5+t —E 24—

2 k
(x—a) (x—a,) (x—a) X—% Xx-4 r—a,

Trén day la phan ly thuyét kha phtic tap, ta dén véi bai tap vi du don gian sau:

Vi du 5: Ho nguyén ham ctia ham s8 f(x):( 2x )3 la
1-x
2 1 2 1
A. F(x)—E+(x_1)2 +C B. F(x)—E—(x_l)z +C
1 1 1 1
C. F(x)=—+ +C D. F(x)=— - +C
(x) 1-x 4(1-x)' (*) 1-x 4(1-x)'
Phan tich
Nhan thdy x=1 la nghiém boi ba ctia phwong trinh (x —1)3 =0, do d¢ ta bién
doi
oy A B c  A(¥-2x+1)+B(1-x)+C
= + + =
(1-x)" 1=% (1-2) (1-x) (1-x)
A’ +(2A-B)x+A+B+C
(1-=)
A=0 A=0
Tedaytacd {2A-B=2 & {B=-2
A+B+C=0 CcC=2
Loi gigi
2x -2 2 2 1
Kiém tra kha ning van Ta co dx = + X =——— +C
dung tir vi du 4: '[ 1—x)3 '[ ( —1)2 (x—l)3 x—1 (x—l)2
Tim Dap s0 bai tap kiém tra kha nang van dung vi du 4:
J-x4—2x2+4x+1dx \ . .
x> —x* —x+1 j%dx:X—+x—ln|x+1|+ln|x—1|— +C.
X —=x"—-x+1 2 x—1

TONG QUAT: Viéc tinh nguyén ham ctia ham phan thtc hitu ti thuc sy duoc
dua vé cic dang nguyén ham sau:

1.[ 4 dx = An|x—d/+C
X—d

A
2. dx =— . +C.
-[(x_a)k k_1 (x_a)k—l
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5. Bing mot s6 nguyén ham thwong gap

1)jk.dx=k.x+c

1 1
3).[x—2dx=—;+c

5)J L V. L —+C
(ax+b)" a(n—1)(ax+b)"

7) .[sinxdx =—cosx+C

9) _[sin(ax+b)dx = —%cos(ax+b)+C

11) _[ dx =I(1 +tan® x)dx = tanx +C
cos” x

13) J‘;dx = 1tam(ax +b)+C
cos’(ax +b) a

15)Jexdx =e¢* +C

17) J.e'”‘*bdx = 1 e 4+ C

a
19)Iaxdx= @ +C
Ina
dx=1m[*=Y 4 c
2 |x+1
23) [ dr==n[*= i C
x —a X+a

dx = arcsm +C

25)]\/7
27) Iﬁdx =1

n‘x+ x> +a*|+C

2

29).[ x* +atdx =£\/x2 +a° +%.ln‘x+\/x2 +a?

2

n+1

X
2) "dx =
jx * n+1

+C

4) Jédx =1n|x|+C

6) I 1 dx=1.1n|ax+b|+C
ax+b a
8) cosxdx =sinx+C

10)_[cos(ax+b)dx = 1sin(ax+b)+C

a
12) _[ dac='|.(1+cot2 x)dx =—cotx+C
sin’ x
1) [————dx =~ cot(ax+b)+C
sin’(ax +b) a

16) Ie""dx =—"+C

1 (ax+ b)"+1
4 n+l

18) j(ax+b) dx = —

+C(n=1)

dx =arctanx+C

20)j —

X
dx =arctan—+C
X +a’ a

1
J1-x?
1
dx = ln‘x+\/x2 i1‘+C
NEGES
2

ZS)J a* —x*dx zgxlaZ —x? +%arcsinf+c

a

22) j

dx = arcsinx +C

24) j

26)

+C
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STUDY TIP:
Ttr dinh nghia nguyén
ham ta c¢6 duoc

(If(x)dx)‘ = f(x)

Lovebook.vn| 196

Phu luc 2:
Mét s6 van dé chon loc Nguyén Ham — Tich Phan
Cha dé 1: Nguyén ham — tich phan va (ing dung

I. Nguyén ham va cac tinh chat co ban.

Ki hiéu K la mot khoang, mot doan hay mot nira khoang.

Dinh nghia

Dinhly 1

Cho ham s6 f xac dinh trén K. Ham s6 F duoc goi la nguyén ham ctua ham s6 f
trén K néu F'(x) = f(x) v6i moi x thude K.

1. Néu F la mot nguyén ham ctia f trén K thi véi moi hang s6 C, ham

G(x)=F(x)+C cling la mdt nguyén ham ctia ham f trén K.

2. Pao lai néu F va G 1a hai nguyén ham ctia ham s f trén K thi ton tai hang s6 C

sao cho F(x)=G(x)+C.

Kihiéu: [ f(x)dx =F(x)+C .

Nguoi ta chitng minh dwoc rﬁmg: “Moi ham s0 lién tuc trén K déu c6 nguyén

ham trén K.”
Tinh chit caa nguyén ham

Dinh ly 2 sau day cho ta mét sO tinh chét co ban cia nguyén ham

Dinh 1y 2

1. Néu f, g 1a hai ham s lién tuc trén K thi

JLA(x) )= [ £ )+ ()t

Iaf(x)dx = a_[f(x)dx v6i moi s thuee a khéc 0.

2. d(_[f(x)dx)zf(x)dx

Bai todn tim nguyén ham la bai todn nguoc vdi bai todn tim dao ham. Viéc tim
nguyén ham cia mot ham so thuong duoc dua vé tim nguyén ham ciia mot s6”

ham s don gidan hon. Duéi ddy ta c6 bang mot sé nguyén ham :

Idx=x+C _[(ax+b)dx=%(ax+b)+€
I(x+a)a dx=M+C(aeR a¢—1j(ax+b)a dle(a“bjm +C, (o -
o+1 ! al a+1

de=ln|x+a|+c

J. dx = 1.ln|ax+b|+C
ax + a

X+a
Iexdx=€x+c J‘eax+bdx=16ax+b+c
a
Iaxdx Ll +C,(a>0,a#-1) Iu’”‘*qu - +C/(a>0,a%-1
Ina p.Ina
ISiHde:_COSXJrC J-sinaxdx:_cosax+cf(”¢0)
a
Icosxdxzsinx+C Icosaxdx= sinax_'_cl(aio)
a
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I dx=tanx+C I .12 dx =—cotx+C
s x

I1. Hai phwong phap co ban dé tim nguyén ham.
a, Phwong phap déi bién sé.

Pinh1i 3

Cho ham s8 u =u(x) c6 dao ham lién tyc trén K va ham s& y = f(u) lién tuc sao

COS X

cho ham hop f[u(x)] xéc dinh trén K. Khi d6 néu F 1a mot nguyén ham cua f thi

If[u(x)}u'(x)dx = F[u(x)] +C

Vi du 1: Tim nguyén ham I(x - 1)10 dx .

STUDY TIP:
Véi phuong phap déi
bién ta can chu trong
cong thitc ma suy ra tir
dinh ly nhu sau:
Néu u = f(x), khi d6

du:f'(x)dx

N e

Loi gidi
Theo dinh ly trén thi ta can viét vé dang j f(u)du.

Ma u'=(x—1)'=1, do vay
.[(x—l)w dxz_[(x—l)m.(x—l)'dx =I(x—1)10d(x—1)=%+C.

Tt vi du trén ta c6 cac budc goi y dé€ xit ly bai toan tim nguyén ham theo
phuong phap doi bién

1. Dat u =g(x).
2. Bién doi x va dx vé u va du.
3. Giai bai todn dwdi dang nguyén ham ham hop J. f (u)du , sau do thay bién x

vao nguyén ham tim duoc va kiém tra lai két qua.

Ta dén vdi vidu 2

Vi du 2: Tim [x* (1-x) dx.

O bai toan nay, ta thdy s6 mit 7 kha cao ma lai c6 biéu thitc trong ngoic phitc
tap hon 1a x*. Do vay ta s& dit (1- x)7 dé dai bién, dwdi day 1a 10i giai 4p dung
goi y cac budc trén.

Loi giai
bat u=1—x<:>du=(1—x)'dx<:>du=—dx
ta 6 sz (1 —x)7 dx =I(1—u)2 i (—1)du= —I(u7 —2u® +u’ )du

u® 20’ (1_")8 n 2(1_x)9 _(1_x)w +C.

8 9 10 8 9 10

b, Phuwong phap 14y nguyén ham tirng phan.
Dinh 1y 4
Néu u va v 1a hai ham s6 ¢6 dao ham lién tuc trén K thi

.[u(x)v'(x)dx = u(x).v(x)—jv(x)u'(x)dx .

Cong thirc trén thuwong dugc viét gon dudi dang Iudv =uv— Ivdu.
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Vi du 3: Thay Diép Chau cho bai toan “ Tim Isinx cos xdx ” thi ba ban Huyén,

Lé va Hang co ba cach giai khac nhau nhu sau:

Ban Huyén gidi bang phuong
phdp doi bién s6' nhw sau:
“Pat u=sinx, ta co:

Ban Lé gidi bang phwong phdp 14y nguyén ham
tirng phin nhw sau:

Ban Hiing chia hoc dén hai
phwong phdp trén nén lam nhw

du = cosxdx

2

2

Vay Isin x.cosxdx = Iudu

u _sin’x

“Pit u=cosx,v' =sinx. sau:
Tacd u'=—sinx,v=—cosx. ”Jsinx.cosxdx

Cong thirc nguyén ham tirng phan cho ta

sin2x cos2x .
. 2 . = J. dx = +C.
Ismxcos xdx =—cos” x — J-smxcos xdx 2
Gia st F la mot nguyén ham cta
sinx.cosx . Theo dang thttc trén ta c6
F(x)=-cos’x—F(x)+C.
_cos’x C

Suy ra F(x): > >

2
o . ., COSs
biéu nay ching to —

la mot nguyén

ham cua sinx.cosx.

cos®x

Vay Isinx.cosxdx = +C.

STUDY TIP:

Bai toan cing c8 vé
dinh 1y 1 da néu o trén,
va cing ¢d cac cach giai
nguyén ham co ban.
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Két luan nao sau day la dung?

A. Ban Héng giai ding, ban Lé va Huyén giai sai.

B. Ban Lé sai, Huyén va Hang dting.

C. Ba ban déu giai sai.

D. Ba ban déu giai dung.
Nhdin xét: Sau khi soat ki ca ba 10i giai, ta thay ba 101 giai trén déu khong sai o
budc nao 3, tuy nhién, tai sao dén cudi cung dap an lai khac nhau? Ta xem giai
thich & 10i giai sau:

Loi giai

Ca ba dép s6 déu dung, tic 1a ca ba ham s& S“; X Cozz X gy _S0s2

nguyén ham ctia sinx.cosx do ching chi khac nhau vé mét hang so. That vay

sinzx_ _coszx 1,
2 2 2’

déu la

sin” x cos2y) 2sin’x+ (1 —2sin? x) 1
- = ==.0
2 L 4 j 4 4

I11. Khai niém va cic tinh chat co ban cua tich phan.
a. Dinh nghia
Cho ham s6 flién tuc trén K va a4, b 1a hai s6 bat ki thudc K. Tich phan cta f tit a

b
dén b, ki hiéu la [ f(x)dx, 1a mot s8 xéc dinh boi cong thirc sau

b
If(x)dx = F(b) - F(a) trong d6 F la nguyén ham cua f trén K.

b. Cac tinh chat cta tich phén.
Pinh Iy 1




o
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X/
y=/(x)

Ham s6 chin

Hinh 3.1

Ham sb" 1é

22

Gia str cacham s0 f, g lién tuc trén K va g, b, ¢ 1a ba s6 bat ki thudc K. Khi d6 ta
co

1. ff( )dx=0.
2. Jb‘f dx_—jf

3ff dx+jf x)dx = jf

b

4][ ]dx jf dx+jg

5. {kf(x)dx = k!.f(x)dx, (keR).

Dinh ly 2
Cho fla ham s6 xac dinh trén K va a la mot diém c6 dinh thudc K. Xét ham sd
G (x ) xac dinh trén K boi cong thitc

X

G(x)=[ £(t)at
Khi d6 G la mét nguyén ham cta f.
Dinhly 3

Tich phan ctia ham 1é va ham chan.

1. Néu f 1a mot ham s8 chdn, khi d6 I f dx ?_I f

2. N&u f 1a mot ham s6 1¢, khi d6 j f(x)dx=0.

> —a

Hinh 3.2

Poc them

Ta vira dua ra 3 tinh chét ctua tich phan theo chwong trinh chudn. Dudi day la
cac tinh chat bo sung;:

1. .lideZO
Z.j.cdx:c(b—a)

b
3.Néu f(x)=0, vxe[a,b] thi [ f(x)dx>0.
Hé qua 3: Néu hai ham s6 f( x) va g(x ) lién tuc va théa man

f(x)<g(x),Vxe[ab] thi If dx<jg

Chii yj: Néu f(x) lién tuc va duong trén [a b] thi If dx >0.

dx ,(asb).

5. Né'u m< f(x )<M Vxe[u b] m, M 1a cac hang s6 thi

m(b—a) j:f( )dx<M(b a)hay m<b—If deM.
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IV. Hai phwong phap co ban tinh tich phan.
a. Phwong phap déi bién sé.

Quy tac d6i bién s

1. bat uzu(x),

2. Bién d6i f(x)dx=g(u)du.

3. Tim mot nguyén ham G(u) cla g(u) .
u(h)

4. Tinh I g(u)du =G (u (b)) -G (u(a)) .
u(a)

5. Két luan j:f(x)dsz(u(b))—G(u(a)) .

b. Phuong phép tich phan tirng phan.

Cho hai ham s6 u, v ¢ dao ham lién tuc trén K va g, b 1a hai s6 thudc K. Khi d6

j‘u(x)v'(x)dx=u(b)v(b)—u(u)v(a)—j.u'(x).v(x)dx.

a a

IV. Ung dung hinh hoc ctia tich phan.
a. Tinh dién tich hinh phang,.
Dién tich hinh phang gi¢i han béi mdt dwdng cong va truc hoanh.

A
Y Dién tich S ctia hinh phéng gi6i han boi d thi cta ham s§ £ (x) lién tuc, truc
b
’ <= Fx) hoanh va hai duong thang x =a,X =b duoc tinh theo cong thikc |S = ” f (x)‘ dx.
3 > Chii ij: Trong trudng hop ddu cua f(x) thay ddi trén doan [ ;b ] thi ta phai
b
chia doan [a; b] thanh mot sd doan con dé trén d6 ddu cta f (x) khong doi, do
Hinh 3.3 dé ta c6 thé bo ddu gia tri tuyét ddi trén doan do.

Dién tich hinh phang gi¢i han béi hai dwong cong.
Cho hai ham s6 y = f(x) va y= g(x) lién tuc trén doan [a; b] . Khi d6 dién tich
S ctia hinh phang gi¢i han béi d6 thi hams§ y = f (x) Y= g(x) va hai duong

thang x=a,x="b la Szﬂf(x)—g(x)‘dx.

Twong ty nhw cht y ¢ trén thi & bai toan nay ta cling phai xét doan ma dau cta
f(x)-g(x) khong doi.
Vi du 4: Tinh dién tich hinh phang ( hinh dwoc t6 mau) ¢ biéu dién & hinh 3.4.
F(x) Loi gidi
X
) Nhaén thay trén [a; c] va [d; b:' thi f, (x)2f2 (x) ; trén [c; d} thi f, (x)sz (x)

4 C\/d \117 ; Dovay

= 1A~ £ (=08 () £ (e s 5 () (e U5 (- 1 o)

(Trén day la cach bo dau gia tri tuyét d6i)
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Vi du 5: Cho hinh thang cong (H) gidi han boi cac duong y=e*, y=0, x=0
va x=In4. Puong thing x=k(0 <k <In4)chia (H) thanh hai phan c6 dién tich
14 S, va S, nhw hinh vé bén.

Timk &€ S, =25,.

A. kz%lnél B. k=In2 C.k:lng D. k=In3
( Trich dé minh hoa moén Todn lin 2 — B6 GD&DT)
Loi giai
Pap an D.
Nhin vao hinh vé ta cé duoc cac cong thirc sau:
k In4 k ln4
je"dx =2. J. e'dx < e 0" 2.6 L et - =226 =36 =9
0 k

e =3<k=In3.

Vi du 6: Ong An c6 mot manh vuon hinh elip c6 @6 dai truc 16n bang 16m va
d6 dai truc bé bang 10 m. Ong mudn trong hoa trén mot dai dat rong 8m va
nhan truc bé cua elip 1am truc d6i xténg (nhw hinh vé). Biét kinh phi d€ trong
hoa 12 100.000 dong/1 m*. Hoi 6ng An can bao nhiéu tién dé trong hoa trén dai
dat do ? (SO tién dugc lam tron dén hang nghin.)

A.7.862.000 dong. B.7.653.000 dong.

C.7.128.000 dong. D. 7.826.000 dong.

( Trich dé minh hoa moén Todn ldn 2 — B§ GD&EDT)

Loi giai
Pap an B.
Nhan thdy day la bai toan ap dung ting dung cta tich phan vao tinh dién tich
hinh phéng. Ta cé hinh vé bén:
Ta thay, dién tich hinh phang can tim gap 4 lan dién tich phan gach chéo, do d6
ta chi can di tim dién tich phan gach chéo.
2 2

Ta c6 phuong trinh duong elip da cho la ;—2 + ‘1;—2 =1. Xét trén [0; 4] va y>0

4
thi y = gx/8 —x*.Khidé S, = J%\/ 8> —x*dx, vay dién tich trong hoa cua éng

0

4
An trén manh détla S = 4.I§\/ 8% —x*dx ~76,5289182
0

|22z
Th.B289152

Khi d6 s6 kinh phi phai tra ctia dng An la 76,5289182.100000 ~ 7.653.000 dong.
b. Tinh thé tich vat thé.

Cho H 1a mot vat thé nam gidi han gitta hai mat phang x=a va x=b.Goi S (x)

Math &

1a dién tich thiét dién ctia vat thé bi cit boi mit phéng vudng goc véi truc hoanh
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tai diém c6 hoanh d6 x (a <x< b) .Gias S (x) la mdt ham lién tuc. Khi d6 thé

tichVciaHIY V = jS(x)dx. (hinh 3.5)

Vi du 7: Tinh thé tich vat thé tao dwoc khi 1ay giao vudng goc hai dng nudc
hinh tru c6 cling ban kinh d4y bang a. (hinh 3.6)
A Vo 164° 2a°

44°

B.V: C.V: D-‘/IH3

(Trich sich bg dé tinh tity 6n thi THPT QG moén Todn)

Ta sé g:fm hé truc toa do Oxyz vao vat thé nay, tirc 1a ta sé di tinh thé tich vat thé

V gidi han boi hai madt tru: x* + y* =a® va X4z =a (a > 0).

a

1/ Hinh 3.7

Hinh vé trén mo ta mot phan tam tht nhat cua vat thé nay, voi mdi x e [O; a] ,

thiét dién ctia vat thé (vudng gdc vdi truc Ox ) tai x la mot hinh vudng c6 canh
y =+a’ —x* ( chinh la phan gach chéo trong hinh 3.7). Do d6 dién tich thiét

dién sé la:

S(x)=\/112 N N xe[O;a].

Khi d6 4p dung cong thire (*) thi thé tich vat thé can tim sé bang:

V= 8;[5(x)dx =8§(a2 —xz)dx = S(azx—gJ

a_16a°
0 3
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Vi du 8: Tinh thé tich ctia vat thé H biét rang ddy caa H 1a hinh tron x? + y* <1

va thiét dién cat boi méat phang vudng gdc voi truc hoanh ludn la tam gidc déu.

Loi giai
Gia stt mat phang vudng géc voi truc hoanh chita thiét dién 1a tam giac déu
ABC tai diém c6 hoanh do la x(—l <x< 1) vGi AB thudc mat phéng xOy (hinh

3.8).

: T D AB\3 2\ s
Tacd AB=2V1-x* . Do do S(x)z 1 =\/§(1—x ) Vay
1 1 3
443
V=J.S(x)dx=J.\/§(1—x2)dx =«/§(x—x—J=i.
K A -1 -1 3 3
+Hinh 3.8 c. Tinh thé tich khdi tron xoay.
Mot hinh phang xoay quanh mt truc nao dé tao nén mot khdi tron xoay.
i Dinh Iy 4
y=f__ |
M | Chohams6 y = f (x) lién tuc, khong am trén doan [a, b] . Hinh phang gidi han
/] 7.\ 1
o fl ) | boidd thiham s y= £(x), truc hoanh va hai duong thing x=a,x=b quay
1 Iil T 7
® ‘\”,l’\'\x,’\\j h X quanh truc hoanh tao nén mot khéi tron xoay. Thé tich V cta khdi tron xoay d6
AL
s b
|V =n|f*(x)dx.
Hinh 3.9 '[ f (%)
Vi du 9: Thé tich ctia khdi tron xoay thu dwoc khi quay hinh phang dwoc gidi
y)\ han béi duwong cong y =sinx, truc hoanh va hai dwong thang x =0, x = (hinh
3.10) quanh truc Ox la
_____ = sinx . .
i A. — dvtt B.— dvtt C.m dvtt D.n* dvtt
N 1 i [ S 2 2
N 1 ,’\ g N
q -~ e T Loi gidi
T Dap 4n B.
Ap dung cong thikc & dinh ly 4 ta c6
Hinh 3.10 P Eung €ong Y

2
_TE

V=1tj|zsin2 xdxzﬂjt.(l—cost)dx =E(x—lsin2xj T
) 21 2\" 72 0

Tiép theo dudi ddy la m@t bdi todn thuong xudt hién trong cdc dé thi thii, bai
todn c6 thé dua vé dang quen thudc va tinh todn rat nhanh

Vi du 10: Tinh thé tich khdi tron xoay thu dwoc khi quay hinh phang dwoc gisi
han boi duong cong y =+ A* —x* va truc hoanh quanh truc hoanh.

Loi gidi tong qudt

Tathdy y=vA’ -x* oy’ =A" - o’ +y* = A’

Do VA? —x* 20 véi moi x, do vay day la phuong trinh ntra dwong tron tam O,

Hinh 3.11 ban kinh R= A nam phia trén truc Ox. Khi quay quanh truc Ox thi hinh phang
s€ tao nén mot khoi cau tam O, ban kinh R= A (hinh 3.11). Do vay ta c6 luén
V= 4 mA®
3

Vay vdi bai toan dang nay, ta khong can viét cong thire tich phan ma két luan
ludn theo cong thikc tinh thé tich khoi cau.
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DPoc théem
Pinh ly 5
Cho hams6 y = f(x) lién tuc, khong am trén doan [a, b] (El > 0) . Hinh phéng

gi6i han boi d6 thi ham s y = f(x), truc hoanh va hai dwong thing

x =a,x =b quay quanh truc tung tao nén mot khdi tron xoay. Thé tich V ctia

b
khoi tron xoay dola |V = ZTCJ. xf (x) dx.
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I1I. Ung dung ctia nguyén ham, tich phan trong thuc té.

1. Dang bai todn vé chuyén dong.

Vi du 1: Mot 6 t6 dang chay véi van toc 10 m/s thi tai x€ dap phanh; ttr thoi
diém d6, 6 to chuyén dong cham dan déu véi van tdc v(t)=-5t+10(m/s),
trong d6 t 1a khoang thoi gian tinh bang gidy, ké tir ltc bat dau dap phanh. Hoi
tl lic dap phanh dén khi ditng han, 6 t6 con di chuyén bao nhiéu mét?
A.02m B.2m C.10m D.20m
( Trich dé minh hoa lin I- BGD&DT)

Loi gidi
Nguyén ham ctia ham van t8c chinh 1a quing dudng s(t) ma 6 to di duoc sau
quang duong t giay k€ tir ltc tai xé€ dap phanh xe.
Vao thoi diém nguoi 14i xe bat dau dap phanh tng véi ¢t =0.
Thoi diém 6 to dimg lai ting véi t,, khi d6 v(t,)=0<t =2.
Vay ttr lic dap phanh dén khi dung lai quang duong 6 t6 di duoc la

2 _5 2
5= [ (-5t +10)dt :[—tz +10t} =10m.
) 2 0

STUDY TIP:
Ham s6 thé hién quang
dwong vat di dugc tinh
theo thoi gian la biéu
thttc nguyén ham caa
ham s6 van tdc.

Vi du 2: Mot chiéc 6 t6 dang di trén dudng véi van téc o(t) = 2t (0 <t< 30)
(m/s). Gia st tai thoi diém t =0thi s =0 . Phuong trinh thé hién quang duong
theo thoi gian 6 t di dwoc la

4 4
As=_\F(m)  Bs=2((m) Cs=2f(m)  Ds=2(m)
Loi giai
2 4 \ 7 1 1 g 4 3
Tuwong te nhuw & vi du 1 thi ta c6 s(t) =J‘2\/Zdt =2J‘t2dt =2.1—.1f2 =§\/t_ (m)
—+1
2

Vi du 3: Mot vat chuyén dong véi van tdc dau bang 0, van toc bién ddi theo
quy luat, va ¢ gia téc a=0,3(m/s*) Xac dinh quang duong vat d6 di duoc
trong 40 phut dau tién.

A.12000m B. 240m C. 864000m D.3200m

( Trich dé thi thir THPT Hoang Diéu)

STUDY TIP:
Biéu thtic gia t6c la dao
ham c&p mot ctia bi€u
thitc van tdc, va la dao
ham cap hai ctia biéu
thitc quang duong
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Phan tich: Nhan thay bai todn nay khéc véi hai vi du trén & chd bai todn cho
biéu thirc gia tdc ma khong cho biéu thitc van tdc, ¢ day ta c6 thém mot kién
thire nhu sau:

Biéu thtic gia toc 1a dao ham cua biéu thirc van toc, dén day, két hop véi 2 vi du
dau ta két luan: “ Biéu thic gia tdc 1a dao ham cap mot ctia biéu thikc van tdc,
va la dao ham cap hai ctia biéu thitc quang duong”. Tt day ta c6 10i giai nhuw
sau:

Loi giai

Ta co U(t) = jO, 3dt = 0,3t ( do ban dau van toc cta vat bz?mg 0).

Vay quang duong vat di duoc trong 40 phut dau tién la

40.60 2400
[ 0,3tdt = 0;23.# =

0
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Phu luc 3:
Tuyén tap mét so bai tap tich phan han ché MTCT

(Chi mang tmh chit twong déi, mot sé bai vin cé thé siv dung MTCT duwgc)

Cau 1: Cho tich phéan I__[2x»\/x —1dx . Khang
1

dinh nao sau day sai:

3

A. I=|+/udu B. I:g\/27
-[ 3
0

33
C. |:§u2 D. 1>33

Cau 2: Gia trj trung binh cia ham s6 y =f () trén

0

[a;b], ki hiéu 1a m(f) dwoc tinh theo cong thirc

b
m(f)= é f (x)dx. Gia tri trung binh ctua ham

s6 f(x)=sinx trén [0;n] Ia:
Az B2 ¢l o
T T

T s

3
Céau 3: Cho j dx 5.
0

Khi d6 f[f (x)+2sinx Jdx béng:
0

A 547 B.5+§ C.7 D.3

1 4 4

Cau 4: Giasir [f(x)dx=2, [f(x)dx =3, [g(x)dx =4
0 1 0

khang dinh nao sau day 1 sai ?

A. j‘(f(x)—g(x))dx:l B. jf(x)dx>j£g(x)dx

4 4

C. j f(x)dx < j g(x)dx
0 0

Cau 5: Cho

l, = _[05 oS X+/3sin x +1dx

Phat biéu ndo sau day sai?
14

D. if(x)dx =5

T

IZZJ-E .sm2x «
0 (sinx+2)°

Al = B. IL>1
9 1 2
3 3 L ,
C.l,=2In-+— D. Pap an khac
2 2
3 .
Cau 6: Cho tich phan 1= [ """ dx va dat
(1+c052x)

t =cosx . Khang dinh nao sau day sai:
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1,
:_Ismx B.|=— d_}
41 cos“X 44t
2
1
Col=—tys D 1=
12 |z 12
2
1
Cau 7: Cho jw=\/5—\/5. Khi a—b
o X2 +2X+2
béng:
A. 5 B.1 C.2 D. 3
Cau 8: Cho IX—HdX e. Khi do, gia tri cua a la:
A2 B c.S D. %
1-e 2 1-e
Cau 9: Cho tich phan 1 =I SInXx , VOi
31— 20.COS X + 012
a>1thi | bang:
A2 B.2o  C.2 D. 2
o 2
Cau 10: Cho [ —dx=""_ Gidtri ciiaa la
5 SINX +COS X 4
A Z B. Z c.Z D. 2
3 4 2 ) 6 )
Céau 11: Gia st A, B la cac hang so ctia ham so
f(x) = Asin(nx) + Bx2. Bi¢t f'I)=2 va
2
j f(x)dx =4. Gia tri ctia B 1a
0
Al B. Mot dap s6 khac
C.2 D. E
duqc két

5
Cau 12: Tinh tich phan: j
1
2

qua 1=aIln3+bIn5. Giatri a +ab+3b2Ia
A 4 B.1 C.0 D.5
Céau 13: Khang dinh nao sau day sai vé két qua

0
j X+1dx:aln9—l ?

sIX=2 c

A.ab=3(c+)) B.ac=b+3
C.a+b+2c=10 D.ab=c+1
Céu 14: Khang dinh nio sau dy dang vé két qua
(2 ax=Lin2s

x +1 a

A.a_2 B.a=4 C.a<4 D.a>2
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Cau 15: Cho f(x) 1a ham s6 chdn va lién tuc trén

1
R thoa man If(x)dx =2 . Khi d6 gia tri tich phan

'lff(x)dx la:

A. 2 B.1 cl p L
2 4
S dx
CAau 16: Gia sir j—=a+lnb . Gia trj ctia a, b 13?
1 2x -1
A. a=0;b=81 B.a=1b=9
C.a=0b=3 D.a=1b=8

Cau 17: Khang dinh nao sau day dung vé két qua

stlnxdx:3e 1 ?
1
A. ab=64 B. ab=46
C.a-b=12 D.a-b=
3 .
Cau 18: Cho _[exsinxdx: ¢ +1.
0
Khi d6 sina+cos2a bing
A. 1l B. 2 C. 4 D.0
Cau 19: V6i a>2, gia tri ctia tich phan sau
h dx A
[
o X°—=3x+2
A In2=2 B. In|2=2
2a 1 a-1
C. In a2 D. In a-2
2(a-1) 2a+1

3
Cau 20: Bién dbi j dx thanh j f(t)dt,

1+m
voi t=+/1+x . Khi d6 f(t) 12 ham nao trong cac
ham s6 sau?
A f(t)=2t" -2t
C. f(t)=t>-t

B. f(t) =t* +t
D. f(t)=2t>+2t

1
Cau 21: Cho neN va Ie”xz4xdx:(e—1)(e+1).
0

Giatricua n la
Al B.3 C. 4 D.2

0 2
Cau 22: Gia sirring 1 = dex=a|n§+b
-1
Khi do6, gia tri cia a+2b la:

A. 30 B. 40 C. 50 D. 60

1
Cau 23: Biét tich phan j %x = aln2 +b. Thi
—X
0
gid tri cua a la:
AT B.2 C.3 D.1

CAu 24: Cho db thi ham sé y = f(x) trén doan [0;6]
nhu hinh vé.

y)\
y =1(x)

02\/4 6 X

Biéu thtc ndo dudi day c6 gia tri 16n nhat:

1 2 3 6
A. [f0qdxB. [ f(dx C. [ XD, [f(xax
3 3
Cau 25: Biétrang [f(x)dx =5; [f(x)dx =3.Tinh
, 1 2
[f(x)dx 2
1

A. 2 B. -2 C.1 D. 5
2
CAu 26: Tinh tich phan sau: | :j x|a —x|dx
0

5 8
A Ca3dipantrén B, “473
C. 1a +§—2a D. §—2a
3 3 3
. i1
Cau 27: Biét tich phan j ~dx = an thi gid tri
5 9+X
cuaala
AL B 1 C.6 D. 12
12 6
Cau 28: Néu J.4;dx =In(m) thi m bang
3 (x-1)(x-2)
A. 12 B 4 C.1 D. 3
3 4

Cau 29: Bang cach d6i bién s6 X =2sint thi tich
phan [’ LR

0 ,4_X2

1 T I Tdt
A Jidt B fedt C [ewt D [3—
n de o
Cau 30: Cho A= j ——=In2. Khi d6 gia tri
5]
0
cuam la: ’
Am=0,m=4 B. Két qua khac
C.m=2 D.m=4

Céau 31: Tim khang dinh sai trong cac k/d sau:
. X 2 .
A. IS|n—dx:2IS|n xdx
0 2 0
1
B. j(1+x)de=o
0
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1 1
C. jsin(l— X)dx = Isin xadx
0 0

1

2
D. [ x®"1+x)dx = ——
;[ ( ) 2009

0

Cau 32: Cho f(x)1a ham s6 chdn va [ f(x)dx =a
-3

chon ménh dé ding

A. j‘f(x)dx =— B. '?ff(x)dx =2a

C. jf(x)dx=a D. }f(x)dx=a

2
Cau 33: Cho [f(x)dx =1 va f () 1a ham s5 chén.
0

0
Gié tri tich phan j f(x)dx Ia:
2

A -2 B.1 C.-1 D.2

er

'[ tintdt dat cuc dai tai x bang

X

CAu 34: Ham s6 f(x)=

A.-In2 B.0 - C.In2 D. —In4
Cau 35: Trong cac dang thtc sau, dang thirc nao
sai?

>

Ot N3 O |8 O a on_.,\)\;.

sin xdx = jdx

T[

w

sin xdx = J'cos tdt

@]

sin xdx =

OOII—\
O ==y |3

sin(2x+1)dsin(2x+1)

)

sin xdx = _[smtdt
2

4 X
Cau 36: Tich phan: [(3x—e?).dx =a+ b.e. Khi
0

d6 a + 5b bang
A8 B.1g  C©13 D. 23
Cau =Inc. Giatricua c la
A.9 B.8 C.3 D. 81

6
Cau 38: Cho | =jsm xcosxdx——4 Khi d6 n bang:
0

A.5 B.3 C. 4 D.6
Cau 39: Biét j(4sin4 X—E)dX =0
0
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Gia tri cua a e (0; ) la:

Ba—7T = D.a=

[

A. a_—

Cau 40: Tich phan j / dx bang
a—X
A. a[n+1jB a( j C. a(n—lj D. a(—ﬁzj
2 4 2 4

Cau 41: Cho tich phan |= J?sin 2x.e5Mdx :.mot

hoc sinh giai nhu sau:

Budc 1: Dit t=sinx=dt=cosxdx. Ddi can:
Xx=0=t=0

T
3

:>Iz2]ltetdt
x=L=t=1 0 '
2
u=t du =dt
Budc 2: chon = .
dv =e'dt v=eg

= I:t.e‘dt = t.e“z - _[:e‘dt —e—g' ‘2 =1

1

Buodc 3: | = ZIO te'dt=2,
Hoi bai giai trén dung hay sai? Néu sai thi sai &
dau?

A. Bai gidi trén sai tur buoc 1.

B. Bai gii trén sai tir budce 2.

C. Bai giai trén hoan toan dung.

D. Bai giai trén sai ¢ budc 3.

4
Cau 42: Néu f(x) lién tuc va [f(x)dx =10, thi
0

2
j f(2x)dx bang:
0
A. 5 B. 29 C.19 D. 9
3

Cau 43: Cho tich phan = [|2 —4|dx, trong cac

két qué sau:

0 1-f(z-
(). |:T(2X

)dx+

O ey N

(2°-4)dx

2

—4)dx—j(2x—4)dx

2 0
3
(). 1=2f(2" -
2
Két qua nao ding?
A. Chi II. B. Chi III.
C.Cal 11, IIL D. Chi L.

T

N7

4
Cau 44: Gia su I:'[sin3xsin2xdx=a+b7,

khi d6, gid tri cia a+b la:
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A 1 B. 3 C. 3 D. 1
6 5 10 5
Cau 45: Cho ham sb y = f(x) lién tuc va chi triét
tiéu khi x = c trén [a; b]. Cac két qua sau, cau nao
dang?

A. .thf (x)|dx >

j).f(x)dx

B. [|f(x)|dx = j|f(x)| dx + [ [f)|dx

C. jb.|f(x)|dx =

Tf(x)dx

D. A, B, C déu ding o
Cau 46: Khang dinh nao sau day sai vé két qua

2
J'(2x—1—sin x)dx :n(E—EJ—l ?
5 a b
A. a+2b=8 B.a+bh=5
C.2a-3b=2 D.a-b=2
an,2 2
cau 47: Biét [ 2 X gy 3102
1
s6. Gia trj cua tham sb a 1.
A4 B.2 C.-1 D.3
Cau 48: BIetJ X=E.Ménhdé nao sau day
cos*x 3

dang?
A. ala mot sd chin B. alasb 16n hon 5
C.alasdénhohon3 D.alamotsdlé
Cau 49: Tim khang dinh sai trong cac khang dinh
sau

g

A. Tsingdx = Zisin xdx

dx

x-1

Cau 50: Gia stir =Inc. Gia tri ding cuac la:

- C—— U1

A9 B.3 C.81 D.8

Cau 51: Cho hai tich phan I=|[sin®xdx va

O'—-.l\)\.‘-l

J=|cos® xdx . Hay chi ra khang dinh diing:

O'—-.I\)\:l

A 1> B. 1=J
C. I<J D. th‘)ng so sanh dugc
Cau 52: Cho tich phan I—I 1+X dx . Néu d6i
1
2
biénsb t= X+l thi
X
2
N 3 42
A== tzdt B.l:jtzCIt
2
B 1ot 3 tdt
< Izjtz—l =It2+1
N 2

2
Cau 53: Cho I=I2x\/x2—1dx va u=x2-1.

1
Chon khang dinh sai trong cac khang dinh sau:

3 2
A. I:J‘\/Udu B. |=NGdu
0 1
2 3f 2
C.l==u? =227
37|, 3

Cau 54: Biét j sin x cos xdx = % . Khi d6 gia tri cua

ala
Az B2 ¢ T D. L
2 3 4 3
A CNA 1 A ¢ dx
Cau 55: Mot hoc sinh tinh tich phan | =I ”
o l+e
tuan tu nhu sau:
1 X
(). Taviétlai I = _edx
2e(1+e*)
D). Dét u=ege* thi
t e
:j [y inf ]
1 (1+ u) u <1+u 1
(). I—Ine—In(e+1)—In1—In|1+1| In—2_
e+1
Ly luan trén, néu sai thi sai tur giai doan nao?
A. I B. I
C. 1 D. Ly luan dang.

Cau 56: Gia su jf(x)dx 2 jf(x)dx 3 voi

a<b<c thi j f (x)dx bang?

A. 5 B.1 C. -1 D. -5
CAau 57: Ham s y =tan? 2x nhan ham s nao duéi
day la nguyén ham?

Lovebook.vn | 213



13 dé thi thit THPT quéc gia chon loc

Ngoc Huyén LB

A. 2tan2x +X B. %taan—x

C. tan2x—x D. %tan2x+x

e2016

Cau 58: Tich phan [ cos(Inx).dx

1 ey g
—§+m.e2°16.Kh1do gi tri m:

A. m:—%B.m<1 C.m=2 D m<-1
Cau 59: Voi a#0. Gia tri cua tich phan

s

2a
jxsin(ax)dx la
0
T n 1 T T
A. — B.=+—~ C.— D. —+—
a’ 2 a° 2 a’ 2a
1 a ,
Céu 60: Cho [e™dx="-—~. Khi dé khing dinh
0
nao sau day la ding
A.a=-b B.a<b C.a>b D.a=b
=—lln3.
2
Khi d6 gia tri t la:
A13 B —% C.0 D. 1/2

d d
Cau 62: Néu [f(x)dx =5; [f(x)dx =2,
a b

b
voi a<d<b thi jf(x)dx bang:

A =2 B. 3 C.8 D.0

NN

Cau 63: Tinh | = I(Zx +1)sin 2xdx .
0

L1 gidi sau sai tir budc nao:

Budc 1: Batu=2x + 1; dv = sin2xdx

Budc 2: Ta ¢6 du =2 dx; v = cos2x

Budc 3:

T T

| = (2x+1)cos2x |2 [ 2cos 2xdx = (2x +1) cos 2x |2 ~2sin 2x |2

o!—.'\g\g

Budc 4: Vay | =—7 -2
A.Budéc4 B.Budc3 C.Budéc2 D.Budcl

b
Cau 64: Biét [(2x—4)dx =0, khi d6 b nhn gié tri
0

bang:
A. b=1 hoic b=4
C. b=1 hoic b=2

B. b=0 hojic b=2
D. b=0 hoic b=4
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3
Cau 65: Tich phan jz dx=a+bln2. Téng
1

X+
ciia a+b bang:

A.l. B.7 C.-3 D.2
Cau 66: Véi a<0. Tich phan J'—dx co
a(a- x)
gid trf 12
1 a’+1 a+1 a+1
a “a(a-1) a(a-1) a—1

CAu 67: Trong cac khing dinh sau, khang dinh nao

dang?
dx
A. =241+x%+C
b
B. Néu If(x)dxzo thi f(x)>0,vxe[a;b]

a

c

C. Tf(x)dx Ig

a

dx+If dx vGi moi a, b,

¢ thuge TXD cua f(x)

D. Néu F(x) Ia nguyén ham caa f(x) thi VF(X)
1 nguyén ham cuaa ham s f(x)

1
Cau 68: Cho biét |=jz4x—+lldx=|n3, voi
o X°+5X+6 b

a,b 1a cac sé nguyén duong. Gia tri cia a+b a
A. 11 B.12 C.10 D. 13
dx
03x +1

K= L()@ +3x +1) dx . Tich phén nao bé“mg % ?

Cau 69: Cho I—j J= L (sin“x—cos“x)dx va

Al B. K C.J D.JvakK

9 9
Cau 70: Néu [f(x)dx=37 va [g(x)dx =16thi
0 0

[2f (x) +3g(x)]dx béng:

O ey ©

A. 122 B. 74 C. 48 D. 53

2 3
Cau 71: Néu [f(x)dx=3 va [f(x)dx=4 thi
1 2

3
J-f(x)dx c6 gia tri bang
1

A -1 B.1 C.7 D. 12
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The best or nothing

(a—b)sin*x+b
’ sin’ x ’
s0 thuc. Tim nguyén ham F(x) cua f(x) biéct

235 -orl)

Cau 72: Cho f(x) = véia,bla cac

A. F(x):g(tanx-cotx)—%
B. F(x)=§(tanx+cotx)——
C. F(x)=§(tanx-cotx)+—
D. F(x)=§(tanx+cotx)+—
Cau 73: Cho jx 5 =aln2+bn5+c. Khi d9

a+2b+4c bang

A. 2 B. 3 C.0 D.1
CAu 74: Tinh cic hing sd A va B dé ham sd
f(x) = Asinx + Bthoa man dong thoi cac didu

2
kien f'1)=2 va [f(x)dx =4
0

A A:—E, B=2 B. A:E, B=2
T T
C.A=-2, B=—=2 D. A=2 B=2

2
Cau 75: Tim a sao cho | =j[a2+(4 -a)x +4x°]dx = 12

1

A.DP/akhacB.a=-3 C.a=5 D.a=3
B dx \/—
Cau 76: Gia st k>0 va =In(2++/3).
!.\/x2+k
Gidtricua k la
A3 B2 C. 23 D.1

1
Cau 77: Biét ring tich phan [ (2x+1)e"dx =a+be
0

tich ab bang:

Al B.-1 C.-15 D.5

Cau 78: Biét ring Vxe [z g} thi

5
ﬁgmgﬂ_ Goi |=I%d
T X =n ’ X
3
Keét ludn nao sau day la dang?
A.£§I<1 B.lglél
12 4 3
c.la<l p. Bl
5 4 12 3

Cau 79: Tim m biét [(2x+5).dx =6
0

A. . m=-1m=6 B. m=—1m=-6
C. m=1m=-6 D. m=1m=6
Cau 80: Néu dat t=cos2x thi tich phan

(Zsin2 x—1)4 sin4xdx tré thanh:

Il
ot— |y

1
1 2
A |:1jt4dt B. I:lftsdt
24 24
ﬁ
1 2
C. I =[tdt D. 1= [ t'dt
0 0
Cau 81: Néu dat t=+3tanx+1 thi tich phan
4 6tan x
= dx tr¢ thanh:
! coszx\/3tan x+1
2
j4(t B. 1= [ (¢ -2t
1
2
c.lzj—dt I=[=——d GO _1)
1 1

2
Cau 82: Cho I:IZX\/xz—ldx va u=x°-1.
1

Chon khang dinh sai trong céc khang dinh sau:

2 3
A.|=jJGdu B.I:.[\/Udu

1 0

2 2 3f
C.1==27 D. I=<u2

3 3|,

,\/a— _ 2

Cau 83: Tich phan IO (x—l)ezxdx:3 ¢ . Giatri
cuaa la:
A. 2 B.3 C.1 D.4

CAau 84: Biéu thirc nao sau ddy bang véi jtan xdx ?

A. In(—+tanx)+C B. —In(cosx)+C
sinx

tan® X+C D. 1

C. +C

cos? x
Cau 85: Cho | :Leln de Xacdinh k dé 1<e-2
X

A. k<e+2 B. k<e C.k>e+l1 D. k<e-1
Cau 86: Xét cac ménh dé:

(1) im.dx :j\/x6 +1.dx
(1) [N L= [NX L~ [ L
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A. (I) dang, (1) sai

B. (I) sai, (IT) dung

C. Ca (1) va (II) déu dang
D. Ca (I) va (I) déu sai

sin?x

- dx dugc két
sin 3x

Cau 87: Tinh tich phan |=

O[3 o [ 3

qua I:—In‘b+\/§c‘vm ab;ceZ. Gia tri cua
a

a+2b+3cla
A. 2 B.3 C.8 D.5

Céau 88: Tich phan J'cos2 xsinxdx bang:
0

A-2 B2
3 3

Cau 89: Néu dat u=+1-x* thi tich phan

| = j. 5\J1- x?dx tr& thanh:
0
u(l—uz)du B.

u? (1—u2)2 du D. I =

D. 0

N | w

Al =

u(l-u)du

II
H'—.O P ) O

Ot O —

C. 1 (u*-u?)du

k
Cau 90: Pé [(k—4x)dx+3Kk+1=0 thi gi tri ctia
1
k la bao nhiéu ?
Al B.3 C.2 D.4

6 4
Cau 91: Néu [f(x)dx=10 va [f(x)dx=7, thi
0 0

6
jf (x)dx bang:
4

A3 B. 17 C. 170 D. -3

]

2
Cau 92: Cho tich phén I x(sinx+2m)dx = 1+n°.
0

Gi4 tri ctia tham s6 m 1a:
A.5 B.3 C.4 D.6
Jx
Cau 93: Cho g(x)= ICOS tdt . Hay chon khing
0

dinh diing trong cac khang dinh sau:
A. g'(x) =sin(2v/X)  B. g'(x) =cos~/x

cos /X

C. g'(x) =sin/x D. g'(x) = N

Cau 94: f va g 1a hai ham s6 theo x. Biét rang
vx €[a, b], f'(xX)=9g'(x)
Trong cac ménh dé:

() vx gla, b], f'(x)=9(x)
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() ( j f(x)dx = j g(x)dx

(r ‘v’Xe[a b], f(x)—f(a) =g(x)—g(a)
Ménh d& nao dung?

Al B. 1 C. Khéng co D. 11l

t
Cau 95 Cho f(x)= j(4sin4x—gjdx.Giéi
0

phuong trinh f(x)=0

kr

A k2rn,keZ B. ?keZ

C. km,keZ D.g+kn,keZ

N cr £ dx a . . . A
Cau 96: Giastt | ——=1In— (vdi a,b la cacso tu
1 X+3 b
nhién va udc chung 16n nhat cta a,b bang 1). Chon

khang dinh sai trong cac khang dinh sau:
A. 3a—-b<12 B.a+2b=13
C.a-b>2 D. a’+b’ =41

2

Cau 97: Cho | =Ix(x—1)5dx va U=X—-1. Chon
1

khang dinh sai trong cac khang dinh sau:

13

B. l=—

1
A I = x@1-x)%dx
! 42

6 5
coi=| L L
6 5

Cau 98: Cho I = Iex cos? xdx; J= Iex sin® xdx va
0 0

1
D. | =j(u +1)u’du
0

K= I e* cos 2xdx . Khang dinh nao dung trong cac

khang dinh sau?
) 1+d=er () 1-J=K (k=222
A. Chi (IT) B. Chi (III)
C. Chi(I) D. Chi (I) va (I)
Cau 99: Khang dinh nao sau day la dung:
a)Mot nguyén ham cta ham sb Y =€ 1 —sinxe™
2 2
b) Hai ham s6 £(x) = X% F L g0y 2 X 10 40
2X -3 2X -3

1 nguyén ham ciia mot ham s6.
c) I xe'dx = —(x -De"™* +C.

1 1
(d) j e X dx > j e dx
0 0
A. (a) B. (c) C. (d) D. (b)
d d
Cau 100: Néu jf(x)dx =5, jf(x)dx =2 véia<
a b
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The best or nothing

b
d < b thi j f(x)dx bing

A. -2 B.0 C.8 D.3
1 4X3

Cau 101: Cho 2y3m—[-—=— dx=0. Khi ¢
o (X" +2)

144.m? —1 bang:

A. ‘?2 B. 4J3-1 C. 2‘/_ D. B/a khéc

10
Cau 102: Néu [f(x)dx =17 va j f(x)dx =12 thi
0 0

10 .
j f(x)dx béng:
8

A 5 B. 29 C. -5 D. 15
Cau 103: Tim khang dinh dung trong cac khang
dinh sau

A. i|x—2|dx=j|x—]4dx
0 -2

B. J3'|x—2|dx:j:(x—2)dx
0 0

C. i|x—2|dx:j.(x—Z)dx—J%(x—Z)dx
0 2 0

D. i|x—2|dx :E(X—Z)dx+_:f(x—2)dx

Cau 104: Khang dinh nao sau ddy dung ?
A.Néu w'(t) 1a toc do tdng trudng can
10
nang/nam cua maot dua tré, thi I w'(t)dt 1a sy can

ning cua dira tré gitra 5 va 10 tuoi.
B. Néu dau ro ri tir 1 cai thung vai toc do r(t) tinh
120
bang galong/phut tai thoi gian t, thi j r(t)dt bidu
0
thi lugng galong dau 1o ri trong 2 gio dau tién.

C. Néu r(t) la toc do tiéu thu dau cua thé gidi,
trong d6 t duoc bang niam, bat dau tai t=0 vao
ngay 1 thang 1 nam 2000 va r(t) dwoc tinh bang

17
thing/nam, j r(t)dt biéu thi sé lwong thung diu
0
tidu thy tir ngay 1 thang 1 nam 2000 dén ngay 1
thang 1 nam 2017,
D. Ca A, B,C déu ding.

Cau 105: Néu f@)=12, f'(x)lién tuc va
4
jf '(x)dx =17, gia tri ciia f(4) bang:
1
A. 29 B.5 C.19 D.9

2
Cau 106: Cho 21 = [ (2x® +Inx)dx . Tim I?

A. 1+2In2B. §+2In2C %an D. %+In2

16 n
Cau 107: Cho I=L Jx dx va J:IO4 C0S2X dx.

Chon khang dinh ding.

A. 1< B. 1>1] C.1=1] D.I>J>1
t(x=1)

Cau 108: Tinh: K = j—dx =a In5+b In3
X +4x+3

thi gia tri cﬁaavébla

A.a=2:b=-3 B. =3,b:2

C.a=2;b=3 D.a=3;b=-2

Cau 109: Néu jft(—zt)dt+6:2\/§,x>o thi hé sb

a bang:

A. 9 B. 19 c 5 D. b/a khac

N X 2Inx 1 .,

Cau 110: Biét |:j 4d :§+In2. Gia

tri cua a la:

A.% B. In2 C.2 D. 3

T

2

CAu 111: Cho tich phan Izjes"‘ X.sinx cos® xdx .
0

Néu déi bién s6 t=sin?x thi

1 1 1
A. I:%Iet(l—t)dt B. I:ZDe‘dHJ.tetdt}
0 0 0

1 1 1
| = —D e'dt +J.te‘dt}
2 0 0

Cau 112: Gia st [ f(t)dt =xcos(nx). Gid tri ctia
0

1
C. |=2je‘(1—t)dt D.
0

f(4) la
1 , 1
A.l B. E C. b/s khac D. Z

Cau 113: Cho ham sé y =f(x) ¢ nguyén ham trén
(a ;b) dong thoi thoa man f(a) =f(b). Lua chon
phuong &n dung:

b b

A JF()e®dx=0  B. [fi(x).e@dx =1
b b

C. If '(x).e'™dx=-1 D. J.f '(x).e"™Mdx =2

Cau 114: bat f jcos X.0x .

Nghié¢m ctia phuong trinh f(m)=0 1a

A m=k2nkeZ  B. m:g+kn,keZ

C. m=kn,keZ D.m:g+k2n,keZ
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b b
Cau 115: Biét [f(x)dx =10 va [g(x)dx =5. Khi

b
d6 gié trj ciia tich phan: | = [ (3f (x) ~5g(x))dx Ia:

A. 1=5 B. I——5 C. |—10 D. 1=15

Cau 116: Chobletjf x)dx =3, jg t)dt=9.Gia

tri clia A:I[f(x)+g x)Jdx Ia:

A. Chua x:'lc dinh duoc B. 12

C.3 D.6
Cau 117: =InK. Gia tri cia K la:
A3 B.8 C.81 D. 9

Cau 118: Cho f(x) lién tuc trén [0; 10] théa man:

10 6
[f00)dx =7, [F(x)dx =3 Khi do, gid trj ctia P =
0 2

2 10
[FO0dx+ [ F(x)dx c6 gia tr la:
6

0
Al B.4 C.3 D.2

.
Cau 119: Cho I:J'sm xcosxdx——4 Khi d6 n bang:
0

D.a=-2vab=4;1=In2-2
Cau 121: Néu dit t=+/3In>x+1 thi tich phan

I_j In x

1 XA/3In? x +1

dx tré thanh:

2 4
=1jdt B. Izl'ﬁdt
3) 29t
C I:thdt D |:1jt—_1dt
3J 49t
Cau 122: Tim a thoa min: [~ =0
4—x

0

=In2 B.a=0 C.a=In3 D.a=1
2 n ‘
Cau 123: Tich phan I:J'(l—cosx) sinxdx bang
0

. . C. — D.
n+1 n-1 2n

1 5t 1 1
n

2
Cau 124: Cho hai tich phan [sin®xdx va
0

cos® xdx , hiy chi ra khang dinh dung:

ot—

T

2 2
A. Isin2 xdx >I cos? xdx

A. 3 B. 4 C.6 D.5
: sin 2x ° °
Céau 120: Cho ham so h(X) —— Tim a, B. KhAng so sanh duoc
(2+sinx) . B
0 2
bdé h) =2 DOX atinh 1= [hegox  C. [sin®xdx < jcos xdx
(2+sinx)°  2+sinx : 0
2 n n
A.a=-4vab=2;1=2In2-2 2
B.a=4vab=-2;1=2In2-2 D. Ism xdx = Icos xdx
C.a=2vab=4;1=2In2-2 0
C-DAP AN
1D 2A 3C 4C 5C 6C 7D 8B 9A 10C
11D 12D 13D 14B 15B 16C 17A 18A 19B 20A
21D 22B 23A 24B 25A 26B 27A 28B 29B 30B
31B 32B 33B 34C 35D 36A 37C 38B 39B 40B
41B 42A 43A 44B 45B 46B 47B 48A 49C 50B
51B 52A 53A 54C 55A 56C 57B 58B 59C 60D
61D 62B 63C 64D 65A 66C 67B 68A 69B 70A
71C 72C 73D 74A 75A 76D 77A 78D 79C 80C
81A 82A 83C 84B 85B 86A 87B 88B 89C 90D
91A 92C 93D 94C 95B 96C 97B 98D 99D 100D
101A 102A 103C 104D 105A 106C 107B 108A 109D 110C
111A 112A 113A 114C 115A 116B 117A 118B 119A 120A
121B 122B 123A 124D
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@iz b 16 irks 19082 bk pobicic

Hay biét né luc cho dén gidy phiit cudi ciing, cho dén thoi diém két qud ngad ngii, dé khéng tiéc nuéi va ddn
vdt vi hai tu “’gia nhu™.

Chung ta da bae nfiiéu lan bé qua ceo figi duoc don nhian fianhi phiic cho minhi? La nfuing lan dé dang buéng
tay ddnli roi nfiitng ce hoi khidc nhau, la nhiitng lan mdc nhién cdt diit tat ca céi vé tinfi cam dé cé kiém tim
nliing cdi kfidc xa xéi fion?

‘Mdi mét lan tie bé, la mét lan danfi mdt ce figi dé fianh phuc. ‘Bdi vi may mdn vén chi la mét vai lan gfié
qua. ‘Khi con tré, ngudéi ta dé dang tiv bé ce héi dé duec fianh phiic, vi nguoi ta nght rang, sé cé nhing thit
fianhi pfiic kfidc tim dén. Thé nfung, nguoi ta kfiéng biét rang, fianh ptiic that su chii dén mét lan trong doi
ma thai.

Tiic la, néu kfiéng ndm ldy thi sé mdt vinhi vién, néu kfiong tran treng thi sé chidng cé lan sau.

Cuéc doi cé bae nhidu thoi gian dé pliung phi, cing nfiue ce hiéi dén bae nhiéu lan dé ma ditng nfiin no it
qua? Tir bé May khuée tr, cing chinhi la mét cach thicc nhidn thua qud sém, khi tré thanh ké fien nhdt méi
ki gap thu thach dén duéng.

Thé nén, ki tinfi yéu dén thi hiay ndm ldy that chdt, khi ce may dén thi hidy biét tan dung, cé dieu kién thi
hay phdn dau hiét minhi che nhitng muc tidu, khi con co thé thi ditng buéng bé bdt cu thit gi, ké ca uéc me
thoi the bé.

‘New ban chiva cé gdang hét minfit ma tie bé, néu ban chua thit niw kéo ma tiv bé, néu ban vi ngan ngai chan
chiir ma tir bé, co the, ban da bé qua fianh phic lon lae nhdt cia cugce déi minfi.

‘Kfiéng tie bé kfiong phidi la cé chdp giang ce, kfiéng tix bo chiinfi la viéc ban thit cé gdng dé giit lai nfiting thit
thuéc vé minli, fiedc nfiiing thir nén thuéc vé minh, chw khiong phdi cé ngedi lai nfiing gi da chdng phdi la

cia minfi niia.

‘Khiéng tie bé co ngfiia la, ban dem tdt ca kfid nang va né liuc aia bdn thdan ra danfi cuoc, dé roi ké ca co thua
cudc cung kiéng 1 then vi buéng tay qud sém, ciang khiéng tiéc nudi vi da cé gdng hét mini.

‘Nhiéu trong cfuing ta déu che rang, cudc déi dai dang ddng, réi sé cé rdt nfiiéu co hidi sé dan dén phia sau
lung, thé nén chi doi cfio ma kfiong gdt gae ndm ldy titng mdnfi oé nfié nfidt dé gfiép thanti cuéc séng chie
riéng minfi.

‘Niung, nhiing gi da di qua, con cé thé'ldy lai lan nita fiay sao?

tHay biét ndng niv nfiting thit dén gan vdi cuéc séng ciia ban, fidy biét tran trong tiing cfuit mét nfiiing thit
hanhi phuic bé niié thugéc vé minh, réi sé cé ngay, ban sé nhidn thay minh sang suét biét bae, vi da kfiéng tir
bé. ttay biét né luc cfio dén gidy pfiit cudi cung, cfio dén thei diem két qud ngd nga, dé kfiéng tiéc nudi va
dan odt vi fiai tie “gid nfue”.

‘Nutng nguoi iay néi “gid nfie”, la nhiing ngutoi thuong tiv bé dé dang, la nfittng nguéi bé qua qua nhiéu co
figi dé fianh ptiic, la nfiitng nguoi sé ém sit nudi tiéc dén mdi vé sau.

Vdy nén che div thé nae cing ding tie bé dicu gi qud dé dang, bdi vi chi can mét lan vé tam ma néi long tay,
hanhi pluic cé thé sé theo nfiing thit truet ra kiidi cudc song cuia ban kfii dy, vda bay mat, khiéng tré ve.

Em a, thé nén, difng nghi dén viéc tir bé cdi gi qua som, bdi vi biét dau day, chi can bién nhdn mét chut, em
sé gitt duoc hanh phuc cd doi cua minh ...
Chj em minh cling cé gdng nhé!
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