On luyén Todn 11 (GV: Lé Pirc Thiéu - Chu Viin Ha) Luong gide

HAM SO LUONG GIAC

I. Dang 1. Dang toan vé tap xac dinh
a. Phuong phap giai
Dua vao cac diéu kién xac dinh cia ham LG co ban

sinx,cosx—22 5D =R
tanx—22 5D = R\{g+kn,k € Z}
cotx—22 3D = R\{kn,k € Z}

va cac diéu kién xac dinh cia ham phan thirc, can thirc.

JA XDkhi A>0

1 Xb khi A#0
A

L XD khi A>0

A
Chu y:
- TXD: la dang tap hop
- DKXD: duoc bidu dién dudi dang x thudc tap hodc x < (>, S,Z)
Bai tap (NHAN BIET - THONG HIEU)

Caul. Tap xac dinh cua ham s6 y =5sinx —\/Ecosx la

A. R\ {0} B. R\{g} C. R D. R\ {kn}

Cau 2. Tap xdc dinh cia ham s6 y = %sin(2x—1)—cos(x2 —3)

A. R\{0} B. R\{g} C. R D. R\{kn}

Tong quat1. Ham y = asin(f(x))+bcos(g(x)),(a,b eR), véi f(x),9(x) xacdinh trén R thi

ham s6 ludn ¢6 tap xac dinhla R .

Céu 3. Tap xdc dinh cia ham s6 y =siny2x—4
A. R\{1} B. [2;+x) C. (1;+) D. R\{0,1}
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Cau4. Tap x4c dinh ctia ham s6 y =cosvx* -1 la

A. R\(-1;1) B.[-1;1] C. (1;+) D. R\{-1,1}

+cosvV9-x* 1a

Cau5. Tap xac dinh ctia ham s6 y =sin

A. R\(-3;3) B.[-3;3] C.[-3;3]\{2} D. R\{-3,3,2}
Cau 6. Tap xac dinh cia ham s6 y =sin«/x* +3x—4 1a

A. (—o0;—4)U(1; +0) B. (-4;1)

C. (—oo;—l)U(4; +oo) D. (—oo;—4]U[1; +oo)

Cau 7. Tap x4c dinh ctia ham s6 y =3sin —2cos(1—x2) la

1
VX+2

A. [-2;+) B. (—2;+) C.[-1;1] D.[-2;1]

Téng quat 2. Tap xac dinh ciia ham y =asin( f (x))+bcos( f (x)) chinh1a TXD ctia y = f (x)

Cau 8. Tap xac dinh cia ham sd y = L
2—cosx
A. R\{k2n} keZ B. R\{kn} keZ
C. R D. R\{1}
Cau9. Tap xac dinh ciaham s y = 1.
1+sinx
A. R\{g+k2n},kez B. R\{kx} keZ
T
C. R D. R\{—E+k2n}

Cau 10. Tap xac dinh cua ham s6 y =

1
\J1—2sin xcosx

A. R\{g+k2n},kez B. R\{g%rkn},keZ

C. R\{—E+k2n} D. R\{—EH(ZTE}
3 4

Cau11. Tap xac dinh cia ham s6 y = tan3x
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Lwong gidc
A. R\{“ k;} keZ B. R\{gﬂm},kez
C. R\{ +kn} D.R\{Lﬁ}
6 2
Cau 12. Tap xac dinh ctia ham s& y:tan(Zx—l)
A RVELX v B.R\IL+E Xl vy
4 3 2 4 2
C.R\1 m ke D. R\ K*
2 3 2
Cau 13. Tap xac dinh ctia ham s& y:;
C0t<3X+TC)
A R\{E} B. R\{ﬁ}
3 3
CR\_EE DR\_EEE
6 3 6 3 3
Cau 14. Tap xac dinh ctia ham s& y=tan(x+%)
A R\EL KT B. R\{XE
4 2 3
C. ]R\{ +kn} D. R\{" kz"}
Cau 15. Tap xac dinh ciaham sd y = cot(Zx—%)
A R\|-Z X B. R\ %+ X7
3 3 6 2
C. R\{—g %} D. R\{ +kn}
Cau16. Tap xéc dinh ctia ham s§ y = ——
Cot(3x—2)—1
A. R\ z+£+E B. R\ E
3 12 3 3
C. R\{z k;} D. Chonca AvaC
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BAI TAP VAN DUNG
1

Cau 17. Tap xac dinh cia ham s y =
sinx—2tanx—\/§cosx+2\/§

A.D=R\{x=_+kn(keZ) B. D=R\{~+km~ +kn (keZ)
6 3 2
C.D=R\{x=—+kn(keZ) D. D=R\{x=~+kn(keZ)
2 3
Cau 18. Tap xac dinh ctia ham s& yz,/@
1-cosx
A.D:R\{g+k2n,kez} B. D=R\{k2r keZ|
C.D:R\{§+kn,kez} D. D=R\{rn+k2n,keZ)
Cau 19. Tap xac dinh ciaham sd y = 3205 5X la
1+sin(x—nj‘
3
A.D:R\{g+k2n,kez} B.D:R\{gﬂm,keZ}
C. D:R\{—%+k2n,keZ} D. D:R\{g+k2n,keZ}

Cau 20. Tat ca cac gia tri m dé ham s0 y =+2m+1—cosx xac dinh trénR la
A. . m=>0 B. m<1 C.m=>1 D. m=>-1

A Y 2 7 .7 . A1\ A~ - 1 7 . A \
Cau 21. Tat ca cac gia trim dé ham s0 y = \/ B 2cos4x xacdinh trénR la
m

A. - 1<m<0 B.0<m<?2 C. 3<m<0 D. 0<m«1

Cau 22. S0 gia tri nguyén cia m dé ham s y = J1-m?+2msinx xac dinh trén
doan {0; E} la
2
Al B. 2 C.3 D. 4
II. TAP GIA TRI
Cau 1. Tap gid tri chtaham s y = 3sin(5x—gj -10 1a

A.[-10;7] B. [-13;7] C.[-13;-7] D. [-10;-7]
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Cau 2. Tim gid tri nho nhét va gia tri I6n nhét cia ham s6: y =f(x) =4 COS(ZX + gj

A.[-1;2] B.[-41] C.[1;4] D.[—4;4]
Cau 3. Tap gia tri cia ham s6 y = tan(x-2)
A. R\{0} B. R\{1} C. R\{-1;1 D. R
Cau 4. GTLN va GTNN ctia ham s8 y = # lan luot 1
A. §;0 B. 5,1 C. é,'1 D. §,g
3 3°3 3 3’3

Cau 5. Tap gid tri cia ham s§ y =-3+2cos’ [3x—§j
A.[-3:1] B.[-1;2] C.[-5-1] D. [-3;-1]
Cau 6. Kétluan nao sau day la dung vé ham s6 y =2+/cosx +1?
A. Ham s6 c6 tap gia tri[ 1;+o)
B. Ham s6 khong c6 gia tri nho nhat

C. Ham s6 khong ¢4 gia tri 16n nhat
D. Ham s& c6 gia tri nhé nhat bang 1 va gid tri lén nhat bang 3.

Cau 7. Tap gid tri chcaham sd y = \/sin(5x—2)—2 +3

S I B

sin’ x
2

Cau 8. GoiSlatap gid trictua y= +3 —gcos 2x . Khi d6 tdng cac gid tri nguyén cua S la

A.3 B. 4 C.6 D.7
Céau 9. Téng GTLN, GTNN ctia ham s8: y =3—+/1—cosx bang

A. 6-2 B. 442 C.4-2 D. 2442

Cau 10.T4p gié tri ciia ham s§ y =4-3sin 5x]

A.[0;3] B.[3;4] C.[14] D. [0;4]

Ciu 11.tong MIN va MAX ctia ham s6 y = 14_2% la
sin” x
A.3 B. 4 C. % D. %3
2
Cau 12.Tap gid tri chiaham s6 y =———— 1a
1/1—‘sinx‘
A. [1;4%) B. [2;+x) C.[2;3] D. [1;2]
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Cau 13.Tap gia tri cia ham s6 y = cos2x+ COS(ZX —%J
A.[2;2] B.| 23] C.| V3,43 D. [-1;1]
Cau 14.T6ng MIN va MAX ctia ham s6: y =f(x)=4—-3cosx v6i x e {0 ; 2?71} la

Al B. = c. D.7
2 2 3

Cau 15.Goi S 1a tap gid tri cia ham s6 y = f(x) = sin[2x+g) VOl X € {—g ; g} . Khi d¢6 tap

S ¢6 s6 phan tit nguyén la
A0 B. 1 C.2 D. 3

Cau 16.Tong gia tri nho nhat va gia tri Ién nhat cia ham s6: y =f (x) = cot(x + g] voi

A -1 B. 2 C.1 D. 0

Cau 17.Tng gia tri nho nhét va gia tri 1on nhat cua ham s6: y = f(x) =4cos” x+cosx -1

A.5 B. X c. 2 p. &
‘ 16 16 16
Cau 18.Tap gid tri chia ham s6 y = 1+s.inx
—SImx
A. [0;+0) B. [ 1;+%) C.[0;1] D.[1;2]

Cau 19.Goi S 1a tap gid tri cia ham s y =3—4sin’ xcos” x . S& phan t& nguyén ctia S la
A1l B. 2 C.3 D. 4

Cau 20.Cho ham s6 y =2sin” x—cos2x. Khi d6 tong gia tri I6n nhat va nhé nhat ctia ham
s6 bang
A.3 B. 2 C. 4 D. 2+\2

Céu 21.Téng min max ctia ham s8 y = f(x) =sin® x +%cos 2x+5 la

A. 13 B. 11 C. 12 D. H
2 2
A A .7 . 2 \ A~ . 1 +X M
Cau 22.Tap gid tri chia ham s y =sin, /1— bang
—-X
A. [0;+) B. R C.[-11] D.[-1;1)

Cau 23.Ham s8 y = [sin x| o6 tap gia tri la
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A.R B.[-1;1] C.[0;1] D. [0;+)
Cau 24.Gid tri 16n nhat va gia tri nho nhat ctia ham s6 y =3-2sinx trén {O;g} lan luwot b.%mg
A.3va0 B.3val C.5val D.1va0

Cau 25.Ham s0 y = cos% cé tap gia tri trén doan {O;g} la
A [-1;1] B. {o;ﬂ} C. {ﬁ ;1} D. [0;1]
2

2
Cau 26.Ham s6 y = tan(x+£) co tap gia tri trén doan {—E;OJ bang

A.[0;1) B. {—Q;OJ C.[0;1] D. (0;1]

2

Cau 27.T6ng gia tri nho nhat va gia tri Ion nhat ciia ham s6: y = f(x) =4tan’ x voi
T T,
xe|——;—| ban

A. 1 B. 4++2 C. 4 D.%

Ciu 28.Véi gid tri nao sau day cua m thi ham sd y = m+/sin2x va ham s6 y=cosx—1 ¢
cung tap gia tri
A. -1 B. -2 C.1 D. 2

Céu 29.Téng MIN va MAX ctia ham s6 y =+/sinx+1— cos[3x —%J la
A 1442 B. 2 C.V2-1 D. 2+42
Cau 30. Véi 2<m< g thi tong GTLN + GTNN ctia ham s&: y = sin’ x—4(m —2)cosx+2m  theo

tham s0 m la

A. 4m® -16m +25 B. -4m*+20m-25 C. 4m D. 4m-16

Mot s6 bai tip b6 sung

1/ Tim gia tri 16n nhat va gia tri nho nhat cia y =sin’ x.cosx —cos’ x.sin x
2/ Tim gid tri 16n nhat va gid tri nho nhat cia y =cos’ x+sin® x

N .7 . 7 Y \ 4 . 2 7 2 : 2 2
3/ Tim gia tri 16n nhat va gia tri nhé nhat cia y =4sin” x+2cos” x

4/ Tim gia tri 16n nhat va gia tri nhé nhat cia y =sinx+cosx
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5/ Tim gia tri 16n nhat va gia tri nho nhat cia y =sinx—cosx

2 2
N .7 . 2 Y 2 \ n 1 . 1
6/ Tim gia tri nho nh&t ciia ham s6 y =| cos® x+——— | +| sin® x+—
cos® x sin” x

1

N .7 . 2 Y4 2 \ ~ . 3
7/ Tim gia tri nho nhat cia ham s6 y = (Cosx +sin x) t——
cos” x.sin” x

8/ Tim gid tri I6n nhat chia ham s6 y = \/1+2cos2 X +\/1+3sin2 X

+tanx

Ny =

sinx—1

cosx+1
10)y=——m——
'y cos 2x.sin4x

3. TINH CHAN LE
Cau 1. Ham s6 y =2x—sin3x.

A. La ham s khong chdn khong 1é B.Laham o 1é

C. La ham sd chén D. D06 thi d6i xttng qua Ox
Cau 2. Xac dinh tinh chdn 1é ham s y =1+2x* —cos 3x.

A. La ham s8 khong chdn khong 1é B. La ham s6 lé

C.La ham s6 chin D. D6 thi d6i xting qua Ox

Céu 3. Xac dinh tinh chdn 1é ham s§ y=2- sinxcos(%{ —ZXJ .

A. La ham s6 khong chdn khong 1é B. La ham s6 1é

C. La ham s8 chdn D. D6 thi d6i xtimg qua Ox
Cau 4. Xac dinh tinh chdn 1é ham s8 y = ‘X‘ cos(2x + %) -X.

A. La ham s6 khong chdn khong 1é B. La ham s6 lé

C. La ham s8 chdn D. D6 thi d6i xtig qua Ox
Céau 5. Cho ham s8 y =+/cosx xét trén {—g ; g} . Khang dinh nao sau day la ding?

A. La ham s8 khong chdn khong 1é B. La ham s6 1é
C. La ham s8 chdn D. D6 thi d6i xting qua Ox
Cau 6. Ham s8 nao sau day 1a ham s& chan?
A. y=[sinx+x| B. y =x’sinx
X

Cy= D. y=x"+xcosx—1

COSX

Céu 7. Trong cac ham s y = 4x* —sin|3x; y=tanx—2cos3x; y =sinxcos’ x +tanx c6

bao nhiéu ham so 1é
A.0 B.1 C.2 D. 3

FB: ttps.//www.facebook.com/lethieu.gvtoan Page: http://www.toanmath.com/ 8 -




On luyén Todn 11 (GV: Lé Pirc Thiéu - Chu Viin Ha) Luong gide

Cau 8. Tong tat ca cac s6 nguyén ctia m €[ -1;5] thoa man ham s6

y=m+ cosxsin(?)—;c —3xj 12 ham s8 chan la

A. 6 B. 14 C. 12 D. 6
R . . ‘x‘ sin2x . N
Cau9. Ham s6 y =——— laham s6
cos” 2x
A. La ham s khong chén khong 1é B.Laham o 1é
C. La ham sd chdn D. D6 thi d6i xttng qua Ox

2cos(5n+xj—5tan(x+3n)
2

Cau 10.Ham s6 y =

2 —cos2x
A. La ham s khong chdn khong 1é B.Laham o 1é
C. La ham sd chdn D. B0 thi d6i xtiing qua Oy
Cau 11.Goi m va n [an lwot 1a s6 ham s8 chdn va s& ham sd 1é tron cac ham dwéi
L y:3sinx.cos(2x3) IL. y :2cos(2x+gj
L y=—— IV. y=1+tan(x—7)

. 3n
sin| X +—
khi d6 m—n bang

A1l B. 0 C. -1 D. -3
Cau 12.Ham s6 nao sau day c6 bao nhiéu ham s chdn

T ) T
I. y=|tan| x+— |—sinXx II. y =cot| 3x—— |- 2X +
y ( 2} y co[x ZJ cos(x n)
IIL y:smx+1 IV. y=sin(3x2)—cosx
COS X
Al B. 2 C.3 D. 4

Cau 13. Xac dinh tat ca cac gia tri m d€ ham s0 y = tanx —Z(m2 —1)sin(x+ J la ham so 1é
A m=+2 B. m=+1 C. m=+/2 D.m:i%

Cau 14. Cho ham s& y=(n—3)cotx+<m2—2)xcos(x+n)+mnx la

a. Tong binh phuong tat ca cac gia tri m va n d€ ham s6 trén la ham s6 chan

A. 2 B. 5 C. 7 D. 4
b. SG cac gia tri nguyén ctia n d€ ham sd trén la ham sd 1é la

Al B. 2 C.3 D. 0
4.TINH TUAN HOAN
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Caul. Chuky ctiahamsd y=sin(2x-1) la

A T=2r B.T=r C.T:% D.T =4r

Cau2. Chuky ciahamsd y=1- cos(3x - gj 1a

3 3 5

AT

Cau3. Chukyctahamsd y= 2tan(—4x —gj la

A.T=-Z B.T=-2 cT1==% D.T=%
2 4 2 4

Cau4. Chukyctahamsd y= cot[—§+§j+1 la

(L T

A T=-2 B.T=2 c.T==2 D.T=2z
4 4 2
Cau 5. Chu ky ctia ham s8 y = cos® x + tan(2x - n)
A T=n B.T=2z C.T=7 D.T =3z

Cau 6. Chu ky ctia cdc ham s8 y =2cos” x +sin® 2x 1a

A T=n B. T=2n C.ng D. T=3n
Cau 7. Ham s8y = cos’ 3x 1a ham s8 tuan hoan véi chu ki

A. 3w B. C. = p. %

3 2

Cau 8. Ham sd y=sin2x+cos3x la ham s6 tuan hoan véi chu ki

A n B. 2n C. 3n D. 4rn
Cau9. Hamso y= sing - sin% la ham s6 tuan hoan véi chu ki

A. 2n B. 6n C.9n D. 12n
Cau 10. Ham sd y =cos3x.cosx la ham s0 tuan hoan véi chu ki

Az B. = c =z D.

3 4 2

Cau 11. Ham s y =sin5x.sin2x la ham s6 tuan hoan véi chu ki

A m B. 2w C. 3rn D. 57
Cau 12. Ham s8 y =2sin” x+ 3 cos’ 3x 1a ham s6 tuan hoan véi chu ki

A m B. 21 C. 3n D. g
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Cau 13. Ham s6 y = cos(2x+ 1)—%sin(2—x —3} ,véi meN 1a ham s8 tuan hoan véi chu ki 1a
m

3n thi gia tri m bang

A1 B. 3 C.6 D. 2
Cau 14. Hamsd y = 2tani—3cot§, m,neN" , Cébao nhiéu cdp (m;n) dé ham sO c6 chu ki
m n
la 12n
A. 13 B. 15 C.8 D. 9

A ~? \ A X * 7 R BY \ A v
Cau 15. bé ham s6 y =cosmx+cos—, m,neN ,m<5 cochukila T=6n thiso cap (m,n)
n

thoa man la
A. 3 B. 6 C.8 D. 4
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HAM SO LUONG GIAC
Giao vien: Lée D¢ Thiéu

Tai liéu dwgc bién soan rat tdim huyét véi

4 cAp d6 Nhan biét — Thong hiéu — Van dung — Van dung cao trong tirng van dé
Bao phui cac dang bai c6 thé xuat hién trong cac bai ki€m tra, cac dé thi

Da dang cach hoi (kho st dung casio d€ thir trong cic bai toan hay & kho)

Co két hop st dung casio giai nhanh

“Hi vong tai liéu sé gop phian gitip cac ban hoc tdt va thich ttng véi hinh thitc trac
nghiém Toan 11”

I. TAPXACPINH
BAI TAP NHAN BIET - THONG HIEU

Caul. Tap xacdinh ciahamsé y =5sinx—+/2cosx 1a
T
A. R\!0 B. R\{— CR D. R\{k
\{ } \{2} \{ n}

Hwéng dan
Do sinx,cosx déu xac dinh trén R nén ham s6 y =5sinx —\/Ecosx cOTXD: D=R
Chon dap an C.

1.
Cau2. Tap xacdinh chahamsé y = Esm(Zx—l)—cos(x2 —3)

A. R\ {0} B. R\{g} CR D. R\ {kr}

Hwéng dan
Do sir1(2x—1);cos(x2 —3) déu xac dinh trén R nén ham s6 c6 TXb: D=R
Chon dap an C.

Téng quat 1. Ham y = asin(f(x))+bcos(g(x)),(a,b eR),v6i f(x),g(x)xacdinhtrén R thi

ham s6 ludn c6 tip xac dinhla R.

Cau 3. Tap xac dinh cia ham s6 y = sin\/m
A. R\{1} B. [ 2;+) C. (1;+) D. R\{0,1}
Hwéng dan
Ta c6 2x—4 ¢6 TXD 1a D =[2;+e0) khi d6 Chon dép 4n B,
Cau4. Tap xac dinh cia ham s§ y =cosvx* -1 1a
A. R\(-1;1) B.[-1;1] C. (L;+w) D. R\{-1,1}
Hwéng dan
Tacé) X’ -1>20x>1,x<-1
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Vay ham s6 c6 TXP 1a D =R\ (-1;1) khi d6 Chon dap an A.

+cosvV9-x* 12

Cau 5. Tap xacdinh cia ham sé y =sin

A. R\(-3;3) B.[-3;3] C.[-3;3]\{2} D. R\{-3,3,2|

Hwéng dan
Taco
Xx-2z0x#2

9-x*20<-3<x<3
Vay ham s6 c6 TXP 1a [ -3;3 ]\ {2} khi d6 Chon dap an C.
Cau 6. Tap xac dinh cia ham s6 y =siny/x* +3x—4 la
A. (—o0;=4)U(1;+00) B. (—4;1)
C. (—oo;—l)U(4; +oo) D. (—oo;—4]U[1; +oo)
Hwéng dan
Xét X' +3x—-4>0<(x-1)(x+4)=>0

St dung quy tic “trong trai, ngoai cing” ta dwgc X >1,x<—4

1
o2
A. [-2;+%) B. (—2;+0) C.[-;1]  D.[-21]

Hwéng dan

Cau 7. Tapxacdinh ciahamsd y=3sin —2cos(1—x2) la

. 1 (s .
Ta co sin xac dinh khi x+2>0< x>-2
X+2
cos(l—xz) luén xac dinh véi moi x e R

Véy ham s8 ¢6 TXD 1a D =[ —2;+c0) khi d6 Chon dap 4n B.

Téng quat 2. Tap xac dinh ciia ham y = asin( f (x))+bcos( f (x)) chinhla TXD ciia y = f (X)

Cau 8. Tap xac dinh cia ham sé y:#
2—cosX
A. R\{an},keZ B. R\{kn},kez
CR D. R\{1}

Hwéng dan
Tacd —1<cosx<1=2-cosx>0.Chon dap an C.

, 1
Cau9. Tapxacdinhciahamso y= -
1+sinx
A. R\{g+k2n},kez B. R\{kn} keZ
s
C.R D. R\{—E+k2n}
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Hwéng dan

Taco sinx#—-1= x=# —%+k27z. Chon dap an D.

Cau 10. Tap xac dinh ciaham so y = 1
\/1—251nxcosx
A.R\{g+k2n},kez B.R\{%H«t},kez
C. R\{—g+k2n} D. R\{—£+k2n}

Hwéng dan
Ta c6 ham so xd khi
1-2sinxcosx >0 < 1-sin2x>0

< sin2x =1

<:>2x¢g+k2n

o
©X¢Z+kn

Vay chon Chon dap an B.
Cau 11. Tap xac dinh cia ham s6 y = tan 3x
ARVEK ez B. R\!Z+kn' keZ
6 3 2
C. R\ T kn D. R\ E+ﬁ
4 6 2

Hwéng dan
Tir diéu kién

T
tanx——x#—+kn

:>tanA—>A¢g+kn

:>tan3x——>3x¢§+kn<:>x¢g+%

Cau 12. Tap xac dinh cia ham s6 y = tan(2x —1)

A R\E K keZ B.R\JL, % kr keZ
4 3 2 4 2
c.R\{Lﬁ} D.R\{Lﬁ}
4 2 32

Hwéng dan
Tt diéu kién
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tanx—— X # E+1<7t
T
=>tanA— Azx—+kn

:>tar1(2x—1)—>2x—1;atE+k7c<:>x;«tl+E kn

2
Cau 13. Tap xac dinh clahamso6 y = .
cot(3x+n)

kr kr
mR] = 5]
C. R\{_E ﬁ} D. R\{_E E ﬁ}
6 3

6 33

Hwéng dan
Tir diéu kién

xd
cotx—=—>x#kn

= cotA—9 3 A =kn

k k
:>co’c(3x+7:)X—d>3x+7c;«t1<7t<:>x:«t—£+—n<:>x;«t—7T
Dé la hémy =— = can thém diéu kién
COt(3X+TC)

cos(3x+7) # 0 & 3x+m = 2+1<1t<:>x;at—ﬁ+ﬁ

Cau 14. Tap xac dinh ctia ham s6 y = tan [x + fj

n kn kn
s oo

3

C. R\{3+kn} D. R\{“ k“}

3 2

Hwéng dan
Twr diéu kién
T
tanx——ox = —=+kn
T T T T
:>tan(x+g]—>x+g¢5+kn<:>x¢—+kn

Cau 15. Tap xac dinh cdahamsé y = Cot(Zx —Zj

A. R\{—luk—“} B. R\{“ kn}
373

6 2
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C. R\{—E ﬁ} D. R\{ +kn}
6 2 3

Hwéng dan

DD: 0977399311

cotx—% s x = kn

= cotA—2 35 A =kn

:cot(Zx—gj—ﬂx—gikn@xi 7T+E

(x-1)(x+4)>0<= x>1,x<-4

Cau 16. Tap xac dinh cia ham s6 y = 1
C0t(3x—2)—1
3 12 3 3
C. R\{z k;} D.ChoncdAvacC

Hwéng dan
Tir diéu kién
xd
cotx— s x=kn
= cotA—2 5 A #kn

:>cot(?ax—z)—x“—>3x—2;z&1<1t<:>x;«t§+H

Xét
cot(3x—2)-1#0 <« cot(3x—-2) =1

<:>3x—2¢£+kn

2 n kn
S XE—+—+—
3 12 3
BAI TAP VAN DUNG
1
Cau 17. Tap xacdinh ciahamsd y=
smx—2tanx—\/§cosx+2\/§
A D=R\ x=—+kn(keZ) B.D=R\{~+km;~ +kn (keZ)
6 3 2
C. D=R\{x=—+kn(keZ) D. D=R\ x=—+kn(keZ)
2 3

Hwéng dan
Xét sinx—Ztanx—\/gcostrZ\/g:O
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<:>(cosx—2)(tanx—x/5):0
<:>tanx—\/§=0<:>x=g+kn(kez)

14 A =N 2 72-
Xét diéu kién ciia tanx — X # 3 +k

= TXD: D= R\{3+kn E+kn}

x / 2 +si
Cau 18. Tap xac dinh ciahamso y = @
—Cos X

A.D= R\{2+k2n,keZ} B. D=R\{k2m ke Z|

C.D= R\{2+kn,keZ} D. D=R\{n+k2m ke Z}

Hwéng dan
Taco —1<sinx<1va -1<cosx<1 nén \/§+sinx>0 va cosx+1>0.

\/E+sinx >0

Ham s6 xdc dinh << 1—cosx < cosxz=lox=k2n keZ.
1-cosx#0

Tap xacdinh1a D=R\{k2m, ke Z}.

Cau 19. Tap xac dinh cia ham s6 y = 3208 5X la
1+sin(x—nj
3
A. D= R\{6+k2n,keZ} B. D= ]R\{3+kn,keZ}
C.D:R\{—g+k2n,kez} D.D= R\{3+k2n,kez}

Hwéng dan
Tacé —1<cos2x<1 nén 3—2cos5x>0.

1+sin| x——
-3)

Ham s6 xac dinh
3—-2cosb5x

Mat khac >0.

>0

T
1+sin| x——
( 3)‘ <:>sin(x—g]¢—1<:>x—g¢—g+k2n<:>x¢—g+k2n,kez.

1+sm(x——j¢0
3
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Tap xac dinh 12 D=R\{g+k2n,keZ}.

Cau 20. Tat ca cac gid trim dé ham s6 y =+/2m+1—cosx xac dinhtrénR la
A.m=>0 B.m<1 Cm=>1 D.m>-1

Hwéng dan

Ham s6 y =+2m+1-cosx xac dinh trén R

S2m+1-cosx > 0Vx <= cosx<2m+1vVx < 2m+1>21<m=>0
Cach 2: thir ngwoc
Chon m=-1= y=+/-1-cosx khong xac dinh trén R do —1—cosx <0Vx. Loai B, D

Chon m= % = Yy =+/2—cosx xac dinh trén R do 2—cosx >0Vx. Chon dap an A.

A ~ 2 7 4 . ~ N ~ m - 1 7 . A \
Cau 21. Tatcacacgiatrimdéhamso y= \/——2cos4x xacdinh trénR la
m

A -1<m<0 B.0<m<?2 C. 3<m<0 D.0<m«]1
Hwéng dan

Ham s6 y = \/m_—l —2cos2x xac dinh trénR
m

= m—_1—2cos4x >0Vx
m
= m= > cosdxVx
2m
=N m—1 >1
2m
m-1 -m-1
s———120 >0=-1<m«<0
2m 2m

Cach 2: Chon m=-1=y=+2-2c0s4x =,/2(1-c0s4x) ludn xac dinh trén R do

1-cos4x>0vVxeR =1loai B, D
Chon m=-2=y=, /g —2c0s4x dé thiy khi cos4x =1=>ham sd khong xac dinh, loai C.

Cau 22. SO gia tri nguyén ciam dé hams0 y = J1-m? +2msinx xac dinh trén

doan [O;E} la
2

Al B. 2 C.3 D. 4
Hwéng dan

Hamso y = \/1—m2 +2msinx xac dinh

<1-m? +2msinx20,Vxe{0;g}

< 2msinx > m? —1,Vxe{o;z}(*)
2
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2_
+ véi m>0:>(*)<:>sinx2 m 1,We{0;£}
2m 2
2

M pem?-1<0e0<m<1

2_

m 1,VX€{O;£}
2m 2

m? -1 m? —1—2m
>l ——M >
2m 2m

+V6éi m=0=y=1 lubn xac dinh trén R

+v6i m<0=(*) < sinx<

PN 0eom?-1-2m<0e1-/2<m<0

Vay 1-J2<m<l=m=0m=11a2 gia tri nguyén.
CH1 trén page. Tap xac dinh ctia ham s8: y =+//3+2c0s x
Huwéng dan
J3

J3+2c0sXx >0 cosx> - = cos%r, dén day nhiéu ban hay mic sai lam

3

COS X > 3 = coss—ﬂ == % nén két luan ludn TXD la: [%Hooj .

Cdch suy ludn trén la sai, véi bdt dang thirc Iwong gidc né khd nhay cdm, cdn thudn thuc st dung dwdrng
tron lwong gidc dé gidi (nén nhitng dang todn nay it xudt hién trong cdc dé thi) néu cé ra thi dé & mirc
nhe nhe :D

Loi giai dang:

Dwa vao dwong tron lwong giac ta thiy véi x e (% +k2r; %z + k27z] thi cosx e {—L‘ —%J, nén

V3 (572' Tr

COSX>—— <> X¢g| —+Kk2m, —+ k27zj
2 6 6

Vay tap xac dinh ctia cia ham sé la: R\ (%T +k2r; %T + k27zj
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II. TAP GIA TRI

Cau 1. Tap gia tri cia ham s y =3sin [SX —%)—10 la
A.[-10;7] B.[-13;7] C.[-13;-7] D. [-10;-7]
Hwéng dan
. L
3.(-1)-10< 3sm{5x—gJ—10 <3.(1)-10
=-13<y<-7
Cau 2. Tim gia tri nho nhét va gia tri 1én nhat cia ham so: y=f (x) =4cos [ZX + gj
A.[-1;2] B.[-41] C.[1;4] D.[—4;4]
Hwéng dan

Ta co: —1£Cos(2x+gjﬁ1:>—4£4cos(2x+£j£4
Taco: y=—+4 khi:x:3—8n;y:4 khi:x:—g

Két ludn: miny = f(%] =—4, maxy = f(—gj -
Cau 3. Tap gia tri chlahamsd y = tan(x—Z)
A. R\ {0} B. R\ {1} C. R\{-1;1} D. R
Hwéng dan
T6ng quat: Néu f(x) xac dinh trén R thi ham s6 y:tan(f(x)) cotap giatrila R

Véi f(x):x—2:>tan(x—2) cécotapgiatrila R
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2

Cau 4. GTLN va GTNN ctia ham s8 y:l+4c¥ an luot 1

A. E;O B. §’l C. é,-1 D. §,g

3 33 3 33
Hwéng dan
0<cos’x<1
=0<4cos’x<4
=1+0<1+4cos°x<1+4
2

1£1+4cos x£1+4

3 3 3
Cau 5. Tap gia tri chia ham s§ y =-3+2cos’ (3x—gj

A.[-3:1] B.[-1;2] C.[-5-1] D.[-3;-1]

Hwéng dan

0 < cos? [3X—EJ <1
3
= 0<2cos’ (3x—§j£2

— _3<-3+2cos> (3x—§j <-1

Cau 6. Kétludn nao sau day la ding vé ham s6 y =2+ cosx +17?

A. Ham s6 c6 tap gia tri[l; +o0)

B. Ham s6 khong c6 gia tri nhé nhit

C. Ham s6 khéng c6 gia tri 1én nhat

D. Ham s c6 gia tri nhé nhit bang 1 va gia tri 16nm nhit bang 3.
Hwéng dan

Pap 4n A sai vi ham s8 y =2+/cosx +1 xac dinh khi cosx>0 < k2n<x<n+k2n

Tacd 0<yJcosx <1=0<24/cosx <2=1<2+Jcosx +1<3

Do d6 gia tri nhé nhat ciia ham sd 1a 1 khi cosx =0 x= g+kn,k eZ.

Gia tri 1én nhat ctia ham sé6 1a 3 khi cosx=1< x=k2n
Chon dap an D.

Cau 7. Tap giatriciahamsd y= \/sin(Sx —2) —Z +3

I -

Hwéng dan
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sin(5x—2)—§§i
:OS\/sin(Sx—Z)—Eg 1:1
4 4 2
. 3 1
:>3£\/sm(5x—2)—1+3£3+§

sin’ x

Cau 8. GoiSlatapgidtricia y= +3 —zcos 2x . Khi d6 tong cac gia tri nguyén cta S la

A. 3 B. 4 C.6 D.7
Hwéng dan
. 2 —
Y:Sln X+3—§c052x=1.1CLSZX+E’>—§cos2x=§—C082X
2 4 27 2 4 4

= -1<cos2x<1
= -1<-cos2x<1

:>2SE—C082XSE
4 4

=S= g,z
4" 4
Vay cac gia tri nguyén cta Sla: 3;4 = Chon dap an D.

Cau 9. Téng GTLN, GTNN ctia ham s8: y =3—+/1-cosx bdng

A 6-+2 B. 4+2 C. 4-2 D. 2442

Hwéng dan
Ta co
-1<cosx<1

=0<1-cosx<2

= 0<1-cosx <2

= 0>—1-cosx = —/2
—=3>3-+/1-cosx =23-+2

Vay Maxy =3 dat dugc < cosx=1<x=k2n,keZ
Miny = 3—\/5 dat dwoc < cosx=-1< x=n+k2n,keZ. Chon dap an A.
Cau 10.T4p gia tri chla ham s y =4 —3|sin 5x|
A.[0;3] B.[3;4] C.[1;4] D.[0;4]
Hwéng dan
0< ‘sinSx‘ <1
= 0> -3|sin5x| > -3
= 4>4-3[sin5x|24-3

= 4>4-3|sin5x|> 1
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Cau 11.tong MIN va MAX ctia ham s6 y = % la
1+2sin” x
A3 B. 4 C. J D. 13
2 3
Hwéng dan
1<142sin°x<3 == 3 >L 3
1 1+2sin°x 3
' 2
Cau 12.Tap gid tri claham s6 y = ———= 1a
Jl—‘sinx‘
A. [ 1;+0) B.[2;+x) C.[2;3] D.[1;2]

Hwéng dan

0<«/1—‘smx <\/_ 1:>2<\/27‘

‘Sll’l X

Cau 13.T4p gia tri cia ham s6 y = cos2x+ cos(Zx — g}

A.[-2;2] B.|-2:3 ] C.| /343 D. [-1;1]
Hwéng dan

Ta cbd y =cos2x+cos 2x -2 | < 2cos| 2x = |cos| = =3 cos 2x -2
3 6 6 6
—x/gsﬁcos(Zx—gjgx/g

Cau 14.T6ng MIN va MAX ctia ham s8: y =f(x)=4—3cosx véi x e {0 ; %"} 1a
Al B. 2 c D.7
2 3

Hwéng dan

Tacé:OSsz?7T :>12cosx2—l
11 o
=1<4- 3cosx<? hay 1<y<_ Vx € ?

Tacé: y=1 khi:x=0, y—— khi : x—%
. 2 11
Két ludn: max f —
’ }j ( j 2 min ( )

g 3

Cau 15.Goi S la tdp gia tri chla ham sd y = f(x) = sin(Zx +£} voi x e {—g Z} Khi d6 tap

FB: ttps://www.facebook.com/lethieu.gvioan Page: http://www.toanmath.com/ 12 -




On luyén Todn 11 (GV: Lé Pirc Thiéu - Chu Vin Ha) DD: 0977399311

S ¢6 s6 phan tir nguyén la

sin
A0 B. 1 4
C.2 D.3 3
Hwéng dan 7 1
Tacéd: ——<x<=
4 4
T 0
= -I T x4 E<ILT > C0s
4 2 4
T _3n
=>-—<2X+—<—
4 4
=12>sin 2x+E Z—Q =S= —Q;l
4 2 2

Khi d6 chi c6 2 phan ti nguyén thudc S.

A ~ =7 - 2 ~ hY =7 - 7 ~ 2 by ~ Tc 7 =
Cau 16.Tong gia tri nho nhat va gia tri I6n nhat cia ham s6: y = f(x) = cot(x + —J voi

A -1 B. 2 C1 D.0

Hwéng dan

Tacéd: —<x<— :>E+ESX+ESE+E:>ESX+ES%
2 4 4 4 2 4 2 4 4
=-1< cot(x + —j <0, do quan sat trén dwong tron lwgng gidc ta thiy

Véi cung lwong giac tw g—>% (tlrc cung mau doé trén dwong tron lwong gidc nhw hinh dwéi ) thi

gia tri lwong giac cta cot chay tr -1——0
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sin
A
-1 0
—> Cot
- COS
T n 31
=-1<y<0,V|x+—|e|-—=;—
4 24
Tacé: y=-1 khi:x=3—n;y=0 Khi:x=-=
4 2
Kétludn: miny =f St g , maxy =f ~Zl=o0
n 3m 4 T 31 2
434 3]
Cau 17.Téng gia tri nho nhit va gia tri 1én nhat cia ham so: y = f(x) =4cos’x +cosx —1
A. 5 B. g C. 4—7 D. ﬂ
16 16 16
Hwéng dan
Ta cé:

yzf(x):4coszx+cosx—1

= (2 (:osx)2 +2.2 cosx.i+l—1—7

16 16
1Y 17
=|2cosx+— | ——
4 16

co —1=<cosx<1
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= -2<2cosx<2
:>—2+1S2005x+132+l
4 4 4
2
=0< 2cosx+l Sg
4 16

2
:>—1—7£ 2cosx+l —1—734
16 4 16

Taco: miny:—%,maxyzél

Cau 18.Tép gia tri chlaham s6 y = 1+ s.mx
1-sinx
A.[0;+) B. [1;+) C.[0;1] D.[1;2]
Hwéng dan
Ta cé: 1+s%nx =—1+ 2
1-sinx 1-sinx

0<1-sinx<2

=1<

1-sinx

=-1+1<-1+

1-sinx

=0< ,/—1+ 2
1-sinx

Vay tap gia tri ctia ham sé [1; +oo)

Cau 19.Goi S 1a tap gia tri cia ham s y =3 —4sin” xcos” x . S6 phan tir nguyén ctia S 1a
A1 B. 2 C.3 D. 4

Hwéng dan

Ta cé y =3—4sin’ xcos” x =3—(2sinxcos x)* =3 —sin” 2x

0<sin’2x<1nén -1<—sin’2x<0 =2<3-sin’2x<3.

Cau 20.Cho ham s6 y = 2sin” x — cos 2x. Khi d6 tdng gia tri Ién nhat va nhé nhat ctia ham

s6 bang

A.3 B.2 C. 4 D. 2+2

Hwéng dan

Ta c6 y =2sin” x —cos2x =1-2c0s2x

Do —2<-2c082x <2 = -1<1-2c0s2x <3

Vay ham s6 dat miny =-1, tai gia tri x théa man cos2x =1

Vay ham s6 dat maxy =3, tai gié tri x théa man cos2x = -1

Cau 21. Téng min max clia ham s§ y = f(x) =sin® x +gcos 2x+5 la
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Az B. 11 C 12 p. 2
2 2
Hwéng dan
Tap xac dinh: D=R
£(x) =Sin2x+§c052x+5 :#+%c032x+5 :c052x+%

Mat khac ta lai co: —1SC082XS1<:>—1+%SCOSZX+1—21S1+%@%SCOSZX+1?1S§

Vay GTLN: y = % khi cos2x =1 x=kn(k € Z)

GTNN: y:% khi cos2x:—1<:>x:g+kn(keZ)

Cau 22.T4p gia tri cia ham s y =sin, /?—X bang
—X
A. [0;+) B.R C.[-1;1] D.[-1;1)

Hwéng dan

Trén doan [—1;1) ham s6 y =sin, ,1+_x xac dinh va khi d6 biéu thic , /1+_x c6 gia tri thudc tap
—X - X

[0; +oo) nén dwa vao cach xac dinh gia tri ham sin trén dwong tron lwong giac ta cé tap gia tri cia

; 1+x ..
ham so :sinﬂf— bang | -1;1{.
Y 1-x g[ ]

Cau 23.Ham s6 y =|sin x| ¢6 tap gia tri 1
A.R B.[-1;1] C.[0;1] D. [ 0;+)
Hwéng dan
Ta xétham s§ y =sin x c6 tap gi4 tri bang [-1;1] nén 0 <Isinx I<1.Do d6 ham s8 y =|sin x| ¢4 tap

gia trila [0;1].
Cau 24.Gia tri 16m nhat va gia tri nho nhat cia ham s6 y =3-2sinx trén {O;g} lan lwot bang

A.3vao0 B.3val C.5val D.1va0
Hwéng dan

Trén {O;g} taco 0<sinx <1 =-2<2s5inx<0=1<3-2sinx<3.

Gia tri I6m nhat cia ham s6 trén [O;g} la3khi sinx=0< x=kn,keZ

Gia tri nhé nhat ciia ham s6 y =3-2sinx trén {O;g} la 1 khi sinx:1<:>x:g+kn,keZ.

Cau 25.Hams6 y = cos% c6 tap gia tri trén doan {0;%} la
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A.[-1;1] B. {o;ﬁ} C. {Q ;1} D.[0;1]

2 2

Hwéng dan

2

Vio<x< g =0< % < g , biéu dién trén dwong tron lwong gidc ta duoc > < cos% <1.Viy ham s6
y= cosi c6 tap gia tri trén doan ();E la Q;l .

2 2 2
Cau 26.Ham s6 y = tan(x+£] c6 tap gia tri trén doan {—E;OJ bang

A.[0;1) B. {—7,0 C. [0;1] D. (0;1]
Hwéng dan

Vi —E£x<0:>0£x+ﬁ<£.
4 4 4

-y p p . cs g A \ \ Ny T
Khi dé theo cach xac dinh gia tri tan trén dwong tron lwong giac ta duoc 0 < tan(x + Zj <1

Cau 27. Tong gia tri nho nhat va gia tri 1én nhat cia ham so: y = f(x) =4tan®x véi

T T, .
Xe|——;—| ban

A1 B. 4+2 C. 4 D.

N | o

Hwéng dan

, T T
Taco: ——<x<—
4 4

= tan _r <tanx <tan r
4 4

= -1<tanx <1
=0<tan’x<1

=0<4tan’x<4

T T ) (n)
:’OSY“’V"E[‘z;ﬂ-“wy=f(0>=0,y—f@‘4
Két luan: miny:f(o):(), maxy:f(4):4

Cau 28.Véi gia tri nao sau day clla m thi ham s6 y =m+/sin2x vaham sd y =cosx—1 c6
cung tap gia tri
A. -1 B. -2 C.1 D. 2
Hwéng dan
Trwéc hét ta tim tap gia tri cia ham y =cosx—1:
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Tacod —1<cos x<1=-2<cosx—1<0. Vdy ham y =cosx—1 c6 tap gia tri bang [—2;0].

0<mvsin2x <m,m 20
MétkhéCOSmSlj[ mm m,m

m<m+/sin2x <0,m<0

Do d6 yéu ciu bai toan twong dwong véi m=-2.

Cau 29.Téng MIN va MAX ctia ham s8 y =+/sinx +1 —cos(3x —3775) la

A 1+2 B.\2 c.\2-1 D. 2442
Hwéng dan
0<+sinx+1 S\/E

Ta co
-1< —cos(3x—3—n) <1
2
O0=+/sinx+1 < sinx=-1<x :—E+k2n
N 0 2
Nhan thay

—COoS 3x+% =-1< cos 3x+3—7t =1<:>3x+3—7t:m27t<:>x=—E+mZTE
2 2 2 2 3

Khi d6 ton tai gia tri x = —g dé dong thoi “ddu =xay ra”
= miny = y[——} =-1
Jsinx+1 =\/E<:>sinx=1<:>x=g+k2n

Nhin thay
—Cos 3x+% =1< cos 3x+% :—1<::>3x+ﬁ:7t+mZ7t(:)x:—E+mz’T
2 2 2 6 3

Togone Fym2m 1o L 2m o ok= 14d4m e 1=m -3k
2 6 2 6 3

Dé dang chon dwoc k=0, m =1 théa min

Jsinx+1 =\/§

Vay ton tai x=L d& 3 :>maxy:1+\/§
2 —cos 3x+7

Cau 30. Voi 2<m< ; thi t6ng GTLN + GTNN clia hAm s8: y = sin®x —4(m —2)cosx+ 2m theo tham

s6 m la
A. 4m* -16m +25 B. 4m”+20m-25 C.4m D. 4m-16
Hwéng dan
Déy la 1 bai todn Vdn dung cao sé cé nhiéu cdch héi xoay quanh vdi diéu kién m cho trwdec, nén thdy
trinh bay theo cdch gidi tong qudt:
TXb: D=R
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y =sin’ x—4(m—2)cosx+ 2m =1-cos? x—4(m—2)cosx+2m

= —coszx—4(m—2)cosx+2m+1

bat t=cosx = -1<t<1 khidé

y=f(t)=-t"-4(m-2)t+2m+1Lte [—1;1] , day 1a mot Prabol c6 bé 16m hwéng xudng dwédi va cé toa

do dinh la I(_ZE;_ALA] hay I(—2m +4;4m*—14m +17) . Gior ta sé di bién luan GTLN - GTNN ctia ham
a 4a

s8y =f(t)=—t"—4(m-2)t+2m+1,t e[ -1;1]

. . N 3 5,
Trwong hop 1. Pinh I nam trong [—1;1] hay |—2m+4| <le 5 <m< 2( )

thi maxf(t)=4m’-14m +17
Bay gidr ta di xac dinh minf(t) , Xét 1 o1
f(1)—f(—1) =(—2m+8)—(6m—8) =-8m+16

Néu -8m +16 >0 <> m <2 két hop vébi (*) :%SmSZ thi
= minf(t)=f(-1)=6m-8.
Néu -8m+16 <0< m >2 két hop véi (¥) zzgmsgthi = minf(t)=f(1) =—2m+8.

Trwong hop 2. Pinh I nam ngoai [—1;1] thi ta c6 2 treong hop nhw sau:

a.—2m+4£—1<:>g£mthi b.—2m+421<:>m£§ I
1

maxf(t)=6m—8 dat tai maxf(t):—2m+8 dat

t=-1 tai t=1

minf(t)=—2m+8 dat tai minf(t):6m—8 dat tai

t=1 18 *1 t=-1 -1 o1

Két luin:

NéuS<m<2 thi maxf(t)=4m’ —14m+17 va minf(t)=f(-1)=6m-8
2
-Néu2<m<2 thi maxf(t)=4m’ -14m+17 va minf(t)=£(1)=—2m+8
2
- Néu gﬁm thi maxf(t)=6m—8 va minf(t)=—2m+8

- Néu mS% thi maxf(t)=—2m+8 va minf(t)=6m—8

BAI TAP BO SUNG

2 2
A T x 1 . 1
Cau 6. Tim gi4 tri nhé nhat clia ham s§ y =| cos” x+ > +| sin® x +— > (*)
Cos” X sin” x
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Hwéng dan
.4 1
—sin” X+ 2+—
cos” X sin” x

. 1 1
= cos* x+sin* x + +——+4
cos*x sin*x

1—2cos? xsin* x

(*):COS4X+2+

=1-2cos” xsin® x + ————+4
cos® xsin® x
-2
. 2x (1 1-2t
Dt t = cos® xsin’ x = X;(ZZtZOJ:y:1—2t+ —+4

Co ts-:>1—2t2—,t2S—:>y2—+8+4:2—5:>miny:2—5.Dé’uzxéyratai sin’ 2x=1
4 2 16 2 2 2

1

A N =7 = 2 2 \ ~ . 3
Cau 7. Tim gia tri nhé nhédt cia ham s y = (cosx +sin x) t————
COs” X.sIn” X

Hwéng dan
t* -1

bat t:sinx+cosx(—\/ESth/E,t¢i1) = t* =14 2sinxcosx = sinxcosx =
:>y=f(t)=t3+ﬁ.Cé t22=£ 222
t* -1

\/EZtZ—\/E:ﬁs2:>t2—1§1:>(t2—1)231:>L24

o}

Vay y2—2\/§+4:>miny:y(—\/£):—2\/5+4
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I1I. TINH CHAN LE

Cau 1. Hamso :
A. La ham s khong chan khong 1é B.Laham so 1é

C. LA ham s6 chan D. D6 thi d6i xirng qua Ox
y =2x—sin3x
Hwéng dan

Tap xac dinh D=R.Véi VxeD thi—-xeD.

Tacéd f(x) =2Xx-sin3x.

f(—x) = 2(—x)—sin3(—x) =-2X+sin3x = —(2x—sin3x) = f(—x) = —f(x),Vx eD.
Vay y =2x—sin3x la ham sd 18.

Cach 2 str dung MODE 7 : cach nay dung cho moi ham vé&i cach bAm nhw sau
Vé&i may Fx-570VN PLUS nhap ham

F(x)=2X-sin3X; G(x)=2(-X)-sin3(-X)

START:0
END:2x
STEP: X
6
3| g Y Foun | G
I P P S ul 1. Enm u. Tl s f-u
al0.5235 |p. oyl | -0. o4 . -1,
31 1.0471 | 2= 0943 | -a. o9y B 4. 2359 |-u; 235
Ta dwoc bang gia tri o Z2.617IIZETE

Nhin thay cac gia tri la d6i nhau, nén ham sé da cho la ham so 1é
May VN qua hop vi loai toan nay, dé so sdnh két luin.
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Vé&i may Fx-570ES PLUS nhap ham

START :—n

ENDYE: 0

END:

STEP:%gt

T Fogd | Fo |
I Eilm -E.8B3 11 EHi;"I-'I!E Y. |BA"
2l-2.611|-U4. 235 I2|2.6179|u. 2359
3l-3.09u | -u. 188 1313. 14151 6. 2831

Ta dwoc bang gi tri -5, 141592654 2. 094395102

Nhén thiy gia tri dau tién (s6 1) va cudi cung (s6 13) doi nhau
Nhén thiy gia tri dau thi 2(s6 2) va gan cudi (s6 12) d6i nhau
Nén ham da cho la ham 1é

Chu y: néu ban nao khé quan sat thi nhap riéng

Math

Ta duoc két qui: 0. 5255257756

Nhén AC nhap Kam F (x)=2(-X) —‘s’fne(—sz), lic nay chi &n bang cho téi khi ¢6 bang gia tri khong
can chon START, END, STEP

"

0. 5235 | -0. OU"
1-0OUTI

-
lal 157107 EEHUEH

Ta dwoc két qua: -4. 1415924854

F] Math
Fihl

So sanh dé c6 ham da cho 1a ham 1é

Cau 2. X4c dinh tinh ch8n1é ham s§ y =1+2x* —cos 3x.

A. La ham s khong ch&n khong 1é B.Lahamso 1é

C. LA ham s6 chan D. D6 thi d6i xtirng qua Ox
Hwéng dan

Tap xac dinh .V&i xe D thi

Tacéd f(x)=1+2x2—cos3x.

f(—x) =1+ 2(—x)2 —cos(—3x) =1+2x> —cos3x
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:>f(—x)=f(x),VxeD.

Vay y =1+2x* —cos3x 1a ham s8 chin.

Cau 3. Xacdinh tinh chdnlé ham s y =2-sinxcos (52—71 - ZXJ :

A. La ham s khong chdn khong 1é B.Lahamso 1é
C. La ham s6 chin D. D6 thi ddi xtirng qua Ox
Hwéng dan

Tacoy=2- Sinxcos (% —2Xj = 2%ERsin2x .
Tap xac dinh .V&i xe D thi
Ta co f(x)=2—sinxsin2x.
f(—x) =2- sin(—x)sin(—2x) =2—-sinxsin2x.
= f(—x) = f(x),Vx eD.
Eé)f(rén?y‘elfin.),Vx eD
Ciau4. Xicdinhtinh chanlé hamsé y = ‘X‘ cos(2x + 3—;) —X.
A. La ham s khong chan khong 1é B.Laham s 1é
C. La ham s6 chan D. D6 thi d6i xtirng qua Ox

Hwéng dan
Tap xac dinh .V&i xe D thi

cos 2x+3—7T = cos| 2x+2n—= |=cos| =—2x | =sin2x
2 2 2
. 3n .
Ta co y=f(x)=‘x‘cos(2x+?)—x=‘x‘sm2x—x.

f(—x) = ‘—x‘ sin(—2x) +X= —(‘x‘ sin2x—x) = —f(x).
Vay y la ham Ié.

Cau 5. Chohamsd y=+/cosx xéttrén {—g,g} . Khang dinh nao sau diy 1a dung?

A. La ham s khong chdn khong 1é B.Lahamso 1é
C. LA ham s6 chan D. D6 thi d6i xtirng qua Ox
Hwéng dan

Tom , -
Tacod v(—x)=./cos(—x)=+/cosx =y(x) trén | ——;— |, nén ham so da cho la ham s6 chan
y(x) = eos{ ) = oox = (x) en | -5,
CAu 6. Ham s& nao sau day 1a ham s chin?
Ay =|sinx+X B. y =x"sinx

X
D. y=x"+xcosx—1

Cy=
COSX
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Hwéng dan
Dé c6 TXD cua tit cd cdc ham déu cé tinh d6i xirng nén ta c6
Cach 1: Taco ‘sin(—x) + (—x)‘ = |—sinx — x| = ‘—(sinx + x)‘ = |sinx + x|
Vay y =|sinx+x| 1a ham chin

Cach 2: R xeD

Nény =|sinx+x| 12 ham chan. (Chu y cach nay chi ding cho ham s6 d6 1a ham s6 chdn
hodc ham sé 1é, d€ chdc chan hon ta c6 thé stt dung MODE7 nhuw thiy da gidi thiéu trong bai giang )

Cau 7. Trongcac ham so y:4x2 —sin|3x ; y =tanx—2cos3x; y:sinxcoszx+tanx co

bao nhiéu ham s6 1é
A.0 B.1 C.2 D. 3

Hwdéng dan
Xétham y =4x" — sin|3x|, VxeD —xeD

Tap xac dinh .Vé&i x e D thi
Ta cé f(x):4x2 —sin|3x|.

- f(_x) f;(:f<()x:) ,4&)7%)[2)— sin‘—3x‘ = 4x? —sin‘?)x‘ = f(x) .

:>f(—x):f(x),‘v’x eD. Vay y =4x’ —sin|3x| 12 ham chén.
Xét y =tanx—2cos3x. Tap xac dinh D=R\{%+kn,keZ}.V(’yi x €D thi
T T T T T T
Tacé f| = |=1++2, f| —— |==1+2 = | —— |#f| = |va f| —— |#—f| — |.
(3 (e () ) ()
Vay ham y khong chan, khong 1é.
Xét ham s6 y = sinxcos’ x + tanx. Tap xac dinh D = R\{§+kn,k € Z}.Vé’i thi

Tacé f(x):sinxcoszx+tanx.

f(—x) = sin(—x)cos2 (—x) + tan(—x) =—sinxcos’ x—tanx.

Vay y la ham sé 1é.

Cau 8. Tong tit ca cac s6 nguyén clia m e [—1;5] théa man ham s6
. 37[ Y Y N i~ b

y =m+cosxsin 7—3x la ham so6 chan la

A.6 B.14 C. 12 D. 6
Hwéng dan
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. . [ 3m
Tacé y =m+cosxsin ?—3x =m —COSXCos 3X.

Tap xac dinh ,voi x e D thi
, —-xeD
Ta co f(x) =1-cosxcos3x

f(—x) =m- cos(—x)cos(—3x) =m — COS X COS 3X :f(x)
= f(—x) = f(x),Vx eD,Vm.

Vay v&i moi m thi ham s8 y 1a ham chén. Chon dap an B.

Cano. H: . ‘x sin 2x léﬁl‘ .
au 9. :glg*(gc))()yzz_ x Lyam s6
A. La ham s khong chan khong 1é B.Laham s 1é
C. La ham s6 chan D. b6 thi d6i xtirng qua Ox

Hwéng dan

Ham s6 xac dinh <:>cos32x¢0<:>c052x¢0<:>x¢£+kg,kez.

Tap xac dinh D:R\{g+kg,keZ},vé’i x €D thi

) ‘x‘ sin2x
Tacod f(x) = T
€05 .X . VxeD -xeD
‘—x‘ sm(—2x) ‘X‘ sin2x
f(—x) T o8 (—2x) T 08P 2x |
Vay y la ham sé 1é.
2cos[52n+x)—5tan(x+3n)
Cau 10. Hamsd y =
2—cos2x
A. La ham s khong chan khong 1é B.Laham so 1é
C. LA ham sé chan D. D6 thi d6i xtirng qua Oy
Hwéng dan
Tacé tan(x+ 3n) =tanx
2—-cos2x #0,Vx e R nén tip xac dinh chtahamsé1a D=R\ {g +km, ke Z} .Vai thi
Cos(52n+xj—5tanx . 5t
Ta cé y=f(x)= _ —sinx—5tanx
2—cos2x 2—cos2x
—sin(—x)—Stan(—x) sinx +5tanx
f(-x)- - (¥
2—Ccos2x 2—cos2x

Vay y la ham sé 1é.
Cau 11. Goi m va n lan lwot 1a s6 ham s6 chdn va s6 ham s6 18 tron cac ham duwéi
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L. y=3sinx.cos(2x3) IL. y=2cos(2x+gj

X

[ 31cj
sin| X +—
2

khi d6 m—n bang

L y = IV. y =1+tan(x—mn)

A.1 B.0 C. -1 D. 3
Hwéng dan
Dé c6 TXD cua tit ca cAc ham déu c6 tinh d6i xirng nén ta c6
Ly(—x)= 3sin(—x).cos(—2x3) =-3 sinxcos(2x3) =-y(x)=Hamlé

ILTacéy= 2cos[2x+gJ = —2sin2x

xét y(—x) = 2cos(—2x +gj =2sin2x =ham so 1é

) 3n . T (= —CoSsX —cos(—x) COS X
sin x+? sin x+2n—5 —sin E_X

Nén ham sd da cho 1a ham lé
IV.y=1+ tan(x— n)

(3= | PG 0)
(58] b5 ()

>m=0n=3=>m-n=-3

Il y =

xét = ham s6 khong chdn khéng 1é

Cau 12. Ham s6 nao sau day c6 bao nhiéu ham sé chan

Ly= tan(x+gj—sinx IL. y=c0t(3x—gj—cos(2x+n)
_sinx+1 . 2\
L y= p— IV. y—sm(?)x ) COSX
A1l B.2 C.3 D. 4
Hwéng dan
+I) y= tan(x+g]—sinx =‘—cotx—sinx‘=‘cotx+sinx‘
:>y(—x):‘cot(—x)+sin(—x)‘:|—cotx—sinx|:|cotx+sinx|

Vay 1a ham chan
Cach 2:
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(eJpler 3 onlE] -
(-2)- tan(_gg}sm[_g]‘:ﬁ .

+II) y= cot{3x —gj—cos@x + n) =—tan 3x +cos 2x

DD: 0977399311

y(—x) = —tan(—3x) + cos(—Zx) =tan 3x + cos 2x

Nén ham s6 da cho khong chan khong 1é
Cach 2:taco

T T 2n 1

y| = |=cot| t—— |-Ccos| —+T |=——

3 2 3 2
T T 21 1
y|——= |=cot| -t—— |—-cos| ——+T |=——
3 2 3 2

Nén ham sé da cho khong chan khong 1é
Qua bai nay ta thay viéc st dung MODE7 sé tdi wu hon.
sin(—X)+1 _ —sinx+1

COs (—X) COS X

sinx+1

+Ily = .Nén ham s8 da cho khong chdn khong 1é

cos X 06 y(=x) =
+IV y :sin(3x2>+cos(3n+x) =sin(3x2)—cosx:>y(—x) :sin(?)xz)—cosx

Nén ham sé da cho 1a ham s6 chan

Cau 13. Xac dinh tat ca cac gia tri m dé€ ham s0 y = tanx —Z(m2 —1)sin(x+ g} laham sé 1é

A.m==2 B. m=+1 C. m=+/2 D.m:i%
Hwéng dan
TXD: D:R\{gﬂm}
Ta c6 y:tanx—Z(mz—1)sin(x+gj:tanx—2(m2—l)cosx

Xét f(—x) = ’can(—x)—Z(m2 —1)COS(—X) = —’canx—Z(m2 —1)cosx

Ham so trénla ham s6 1é < f(x) = —f(—x)Vx eD
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RT:0
E:N[]anzTrZ(mz —1)cosx :—(—‘canx—Z(m2 —l)cosx)Vx eD
SH’E@(IBZ —1)cosx = Z(rxf2 —l)cosxVx eD

om=1m=-1

Vé&i cach héi trén ta c6 cach 2 nhw sau:

Y twdng chung la: tir cic dap an ta thé nguoc lai dé bai va kiém tra tinh 18 ctia ham s6
bé thir nhanh ta nén dung MODE 7 dé kiém tra tinh lé

+ Xét phwong an m=+2, ta thay m =2 vao ham s6 dwoc

y = tanx —6sin[x +gj, khi d6 ta dung MODE nhap ham

F(x) = tanX—6sin(X+Ej
2

F Math

g

-U.bBIH
-1.2B6"
Ta dwoc két qua: -5

n
I 1]
2| 0= 5235
3l 1.0uTI

Nhan AC nhap ham F(x)=tan(-X)-6 sin(—X + gj ldc nay chi 4n bang cho t&i khi ¢ bang gia tri

khong can chon START, END, STEP

F Math
n
I 1] :
2| 0= 5235 ] -5. 113
3l 1.0U4711-U. 132

Ta dwoc két qua: -

So sanh dé c6 ham y = tanx —6sin (x +g} khong chan khong 1é

Vay loai A.

Théy viét giai thich thi thiy dai liu, nhung cidc em thwc hién thao tic bAm ok thi sé siéu nhan :D.

+ Tiép tuc xét B. m==1 ta c6 y =tanx, dé c6 diy 1a ham 1é Chon dap an B.

V&i cdch héi trén ta cd thé thir ngwoc con véi cdch héi sau sé han ché diéu dé, bdi vdy cdc em nén ndm
chdc kién thirc trong tdm va PP gidi todn dé chinh phuc moi loai cdch héi ?

Cau 14. Chohamsé y =(r1—3)c0’cx+(m2 —2)xcos(x+n)+mnx la

a. Téng binh phwong tit ca cic gia tri m va n d&€ ham s6 trén 1a ham s chin

A. 2 B.5 C.7 D. 4
b. S6 cac gia tri nguyén cua n dé ham s6 trén 1a ham sé 1é 1a
A.l B. 2 C.3 D. 0

Hwéng dan
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f(x) = (n—3)xcotx+(m2 —2)xcos(x+n)+mnx
:(n—?))xcotx—(m2 —2)xcosx+mnx

= f(—x) = (n —?))(—x)cot(—x)—(m2 —2)(—x)cos(—x)+ mn(—x)
:(r'1—3)xcotx+(m2 —2)Cosx—mnx

a) Nhu vay dé ham s& da cho 1a ham s chén thi f(x)=f(—x) <
—(m2 —2)Cosx+mnx = (m2 —2)cosx—mnxVx eD

2 _n_ _
o /m 2=0 o m J_r\/E
mn =0 n=0
Tong binh phwong tat ca cac gid trim van d€ ham s6 y = (n—3)cotx+(m2 —2)cos(x+n)+mnx la
4. Chon dap an D.
b) Nhw vay dé& ham s8 da cho 1a ham s6 16 thi f(x) =—f(—x)

(n—3)xcotx:—(n—3)xcotx; VxeD
<&n=3
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IV. TINH TUAN HOAN

Caul. Chukyctiahamsd y=sin(2x-1)Ia

T

A T=2r B.T=rx C.T= D.T=4r

2
Hwéng dan
y= sin(2x—1)—>T = 2n =7
2
M6t cach khac dung casio véi nhirng ban khong nhé cong thivc va dic biét 1a d6i véi nhirng ham phic
tap
Co 2 hwong dung casio (va ddy la hwong chung cho moi dang ham)
+ Hwong 1: nhap sin(2X— 1)—sin(2(X+ A)— 1) // dwoc hiéu X 1a goc lwong gidc, A la chu ki
—CALC 3 X =; A = 1a cAc gid tri trong tirng dap 4n, néu thiy két qua khac khong thi loai. Nén gan X=1
goc lwong gidc cang xau cang tot, A 1a cac gia tri tir nho dén 16n thiy két qua nao bang 0 thi nhan, dé
cho chic chdn hon ta c6 thé thir thém 1 vai goc lwong giac khac.

_cac ox T A =g&>—0.5534.. #0—Loai C

11

&)X:%;A:RK—QM—)ChQn dap an B.

+ Hwong 2 dung MODE 7:

Nhap ham sin(ZX—l)—sin(Z(X+A)—1) // trong do A la cac gia tri trong trng dap an
START : -7z

END: 7z

START : %

Ta chon A cac gia tri tir nhd dén 1on
Néu trong két qua co it nhat 1 két qua khac 0, khac ERRO, thi ta loai
Né&u tAt c cac gia tri bang 0 hodc bang ERRO thi ta nhan.

Thir dap 4n C véi A = %——> Loai

Th dap an B véi A = 7—— Bang gia tri toan 0 1én Chon dap an B.
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Cau 2. Chukyciahamsd y=1 —Cos(?)x—gj la

A.T:E B_T:z C.T:z
3 3 5
Hwéng dan
y =1-cos 3x— = —>T=2—7T
5 3
Cau3. Chuky ciia ham s6 y=2tan(—4x—gJ I3
AT=-I B.T=-= c.T==2
2 4 2
Hwéng dan
y =2tan —4x—E —>T:L:E
2 -4 4
Cau4. Chuky ctaham so y=co’{—§+gj+1 la
AT=-C B.T=Z c.T7==2
4 4 2
Hwéng dan
y = cot R P RN, | Y
3 _1
2
Cau 5. Chuky ctiahamsd y =cos®x +tan(2x )
A T=nr B.T=2r c,TZ%
Hwéng dan
) cos2x+1 2n
cos x:——>T1:?:n

tan(2x—7t)—>T1 = ? =7

=T=BCNN(T, T,)=n

17 72
Cau 6. Chuky clia cac ham s§ y =2cos” x+sin’2x 1a
n
2
Hwéng dan

A T=nr B.T =2 C.T=

D. T=6r
) W

4
D.T=2r
D.T=3x
D.T=3x

31-

FB: ttps://www.facebook.com/lethieu.gvioan Page: http://www.toanmath.com/




On luyén Todn 11 (GV: Lé Pirc Thiéu - Chu Vin Ha) DD: 0977399311

y =2cos” x+sin” 2x

1+cos2x——T, :2_7E: T
1—cos4x 2T W
2 4 2

:T:BCNN(g;nj:n

Cau7. Ham sdy =cos’3x la ham s6 tuin hoan véi chu ki

A. 3n B. m c= p. 2%
3 2

Cau8. Hamsd y=sin2x+cos3x la ham so tuan hoan véi chu ki

A n B. 2n C. 3n D. 4rn
Cau9. Hamsd y= sing +sin§ la ham s6 tuén hoan véi chu ki

A. 2n B. 6n C. 9n D. 12n
Cau 10. Ham s8 y = cos3x.cosx la ham s0 tuan hoan véi chu ki

AZ B. = o D.

3 4 2

Cau 11. Ham s8 y =sin5x.sin2x 1a ham s6 tudn hoan véi chu ki

An B. 2n C. 3n D. 5n
Cau 12. Ham s8 y =2sin’ x + 3 cos” 3x 1a ham s8 tuan hoan véi chu ki

A m B. 21 C. 3n D. g
Cau 13. Hamsd y = cos(2x+ 1)_1511»1(2_)(_3] , meN 1aham s6 tuan hoan véi chu ki 1a 3x thi gia

m

tri m bang

Al B. 3 C. 6 D. 2

Hwéng dan
(:os(2x+1)——>T1 =7

lsin[é—3j—>T2 =mT
2 m

D& c6 BCNN(T,;T,)=mn=>m =3

Cau 14. Hamsd y = 2 tan = —3cot§, m,n e N . Co6 bao nhiéu cip (m;n) dwong dé ham s6 cé chu
m n
kila 12x
A. 13 B. 15 C.8 D. 9
Hwéng dan
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X
2tan———> T =mrx
m

X
3cot——— T, =nrx
n

Khi d6 BCNN(m,n)=12
(1,12),(12;1),(12;2),(2,12)

= (m;n)=1,(12;3),(3;12),(12;4),(4;12),(12;6),(6;12)
(12;12),(3;4),(4:3),(6:4),(4;6)

~ PR ~ X * p NN N 2
Cau 15. bé hams6 y =cosmx+cos—, m,neN ,m<5 coéchukila T=6mn thiso cdp (m,n) thoa

n
man la
A. 3 B. 6 C.8 D. 4
Hwéng dan
27 i
BCNN(—;2nnj == BCNN[—;nnJ =3n
m m

Ta thdy véi Vm e N* thi 37 chia hét cho = va dé 3ninn thi n=3,n=1
m

Matkhac m<5=m=1,2,3,4 . Chon dap an D.
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