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Lai néi dau

Nhdm gitp cho cdc em hoc sinh 16p 12 ¢6 tai liéu todn GIAI TICH tham
khdo dé wr on tap, w kiém tra ki€n thic cda minh, ching td1 bi€n soan cudn sach
595 BAI TAP GIAI TICH LGP 12 tv luin va tric nghiém.
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thanh cim dn.
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Chuong 1 ,
UNG DUNG PAO HAM PE KHAO SAT
. VA VE PO THI CUA HAM SO

A. KIEN THUC CAN NHG
1. TINH PON PIEU CUA HAM SO
Ham s8 don diéu. Cho ham s6 f x4c dinh trén I, v6i I 1a mot khodng, doan hoic
nira khoang.
+ fdong bién trén I néu v6i Vx,, x, €l, x, <x, = f(x,)<f(x,)
+ f nghich bi€n rén I néu vdi Vx,, x, €, x, <x, = f(x,) > f(x,)
Dibu kign edn dé ham 15 don diéu '
Gia st ham sd f ¢6 dao ham trén khodng I. Khi dé:
+ Né&u ham s6 f ddng bi€n trén I thi f(x)>0, Vxel
+ Néu ham s6 f nghich bién trén I thi f(x)<0,vx el
Piéu kign di dé him 16 don digu
a) Gid st ham s6 f c¢6 dao ham trén khodng 1
« Néu f'(x) 20, Vx e Iva f'(x) =0 chi tai mot s& hitu han diém cida I thi
ham s6 f ddng bi€n trén 1 .
« Néu f'(x) 0, Vx € Iva f(x) =0 chi tai mot s§ hitu han diém cia I thi
ham s6 f nghich bi€n trén I .
» N&u f'(x) =0, Vx € I'thi ham s& f khong ddi trén L.
b) Gid st hAm s6 f lién tuc trén nita khodng [a; b) va c6 dao ham trén (a; b)
« Néu f'(x) >0 (hoic f'(x) <0),Vx e (a;b) thl haim s& f ddng bién
(hodc nghich bién ) trén nia khodng [a; b). |
« Néu f'(x) =0, Vx € (a; b) thi ham s& f khong d6i trén nita khoang [a; b).
2. CUC TRI CUA HAM SO
Piém cyc tri. Cho ham s6 f x4c dinh trén tip hgp D (DR ), x, < D.
+ X, 12 diém cuc dai ctia ham s6 f néu tdn tai mot khodng (a; b)
sao cho x,, e (a; b) c D va f(x) < f(x,), Vx e (a; b) \ {xo}.
+ X, 12 diém cuyc ti€u cia ham s6 f néu tdn tai mot khod ng (a; b)
saocho x, € (a; b) c D va f(x) > f(x;,), Vx e(a; b)\ {x, }
Diéu kign edn dé ham 16 dat ege tri
Né&u ham s6 f dat cyc tri tai di€m x,va ham s6 f ¢6 dao ham tai di€m x,, thi
f'(xy) =0.

( Ham f c6 thé dat cuc tri tai mot di€m ma tai 6 n6 khong c6dao ham)



Piéu kign di dé ham 6 dat cue tri
a) Gia sit ham so f 1ién tuc trén khoang (a; b) chita diém x(,va ¢d dao ham trén

céc khodng (a; x,,) va (xo, b). Khi dé
+ Né&uf(x)<0, Vx e(a; x,) va f’(x) > 0,Vx € (x,; b) thi f dat cyc ti€u tai x,,.

+ NE&uf'(x)>0, Vxe(a; x,) va f'(x) <0, VX e(x,; b) thi f dat cuc dai tai x“
b) Gia st f ¢6 dao ham cap mot trén khoang (a; b) chifa dlcm ) O
f'(x,) =0 va f"(x,) = 0. Khi d6:
+ Né&u f"(x,) <0 thi ham s& f dat cyc dai tai di€m x,,.
+ Neéu f"(x,) >0 thi ham s6 f dat cyc ti€u tai di€m x,. /
3. GIA TRI LON NHAT VA GIA TR] NHO NHAT CUA HAM SO
Cho ham s8 y = f(x) xdc dinh trén mié®’D (Dc R ). Tandi :
a) S6 M dudgc goi 1a GTLN ctia ham s6 y = f(x) trén D néu hai diéu sau
B {f(x) <M,VxeD |
_ Ix, e D:f(x,)=M.
Kihiéu:M = ;nax f(x) hay M = maxy.

b) S6 m du’dc goi 12 GTNN cla ham s6 y = f(x) trén D néu haidiéu sau
f(x)=m, vxeD
Ix, eD:f(x,)=m.
Ki hiéu ‘m = ;l'lelﬁ f(x) hay m = miny .
4. DPUONG TIEM CAN CUA PO THI HAM SO
Gid st ham s8 y = f(x) ¢6 dd thj 1a (C)

thoa méin {

D4u hiéu . K&t luin
- lim f(x)=- 11m f(x) =+ ) :
L $R | x=x, 1a tiém c4n ding cia (C).
. lim f(x) = - Jdim f(x) =400 -

XX, X3Xq

. lim f(x) =y, hodc hm f(x)=y,

X+

‘Néu lim[f(x)-(ax+b)]=0(a#0) | y-ax+blatiém cdnxién

X+

hodc lim[f(x)-(ax +b)]=0(a=0) | cla(C)

X ——0

y =¥, la ti€m c4n ngang cla (C).

Céch tim tiém can xién
Pudng thing y =ax + b (a # 0) 12 tiém cin xién clia (C) khi va c khi

= T A b= Tim k) ~ax]

X =+ X X+

hodc a= hm—(-—)— vab= lim [f(x)-ax].

xo-0 X X—-1



5. PIEM UON CUA PO THI

Cho ham f ¢6 dao ham c4p hai trén mét khodng chita diém x,,. Néu f'(x,,)=0

va f"(x) d6i dau khi x qua diém x,, thi I(x,, : f(x,)) 12 4i¥m udn cta do thi

y = f(X).

6. DANG PO THI CUA MOT SO HAM SO THONG DUNG
+Pdthihamsd bacbay =ax’ +bx’ +cx+d (a = 0)

a>0

a<0

N
VA

. ¥ = 0cc¢ hai nghiém phin bitf:i

. Ham s& ¢é mdt cye dai va mét cue ti€u

,. N
VAR

. ¥" = 0¢d hai nghiém phén biét

. Ham s6 ¢6 mdt cye ti€u va mot cyc dai.

Y

T :

.y >0V9xeD hoic y20,VxeD

. Ham s@ ludn ddng bién

y

N

L

.y <0VxeD hogc y<0VxeD

. Ham s ludn nghich bién

+ D thi ham s3 tring phudng y = ax* +

bx? +c(az0)

a>0

a<0

Nhidn xét: a >0vab <0 thi
. Ham s& ¢6 hai cuc tiéu va mot cyc dai

2 . ~ o s < -
. Bd thjham 6 c6 hai diém udn

Nhin xét: a <0Ovab>0thi
. Ham s0 ¢6 hai cyc dai va mét cue tiéu

. D thi ham s6 ¢6 hai diém uén




Nhin xét:a > 0va b 2 0 thi

. Ham s6 c¢6 mét cye tiéu
. D4 thi ham s6 khong ¢6 di€m ubn

A

[\

0

Nhidn xét: a <0Qvab<0thi
. Ham s& cé mot cufc dai
. D4 thi ham 8 khéng c6 diém udn

ax +

+ D4 thi ham s8 nh4t bi€ny =
| . X+

g(c;tO,ad—bc;tO)

’

g

.Y>0vxeD
. C6 th€ nhinad —bc >0

"

—— %
N 4

.Y <0,vxeD
. C6 thé nhinad - be < 0

+P6thihAms§ hitu ty y =
ex+f

_ax’+bx+c

r

(ae20,r=0)
ex +f

v/ //(
7

//

P

a.e > 0 va y' = 0c¢6 hai nghiém phin biét

5 \\
3 AN
\\

a.c < Ovay' = (hcohainghi¢m phén bi¢t

i

y>0,VxeD

YA

NN

\u x

¥y <0,VxeD




7. SU GIAO NHAU VA St TIEP XUC CUA HAI BPUONG CONG

Cho hai dudng cong (C,):y =f(x),(C,):y = g(x)

« Hoanh dd giao diém cida (C,) va (C,) Ia nghiém cia f(x) = g(x) (*)
S6 nghiém phan biét ciia (*) biing s6 giao di€m ctia hai dudng cong.

. (C,),(C,)goi 1a tiép xic nhau tai diém M(x,;y,) néu chiing c6 tiép
tuyé&n chung tai diém M. Khi d6, M goi la ti€p diém.

o e f=gx) , .
« (C))va (C,)uép xic véi nhau <> | ) c6énghi€ém
fx)=g'(x)
" Nghiém cia hé phuong trisih trén goi 13 hoanh d6 tiép diém.
. Puding thing y = px + q 12 tiép tuyén cia (P):y = ax’ + bx + c(a = 0)

<> ax? +bx+c=px +q & ax? +(b-p)x +c—q=0cénghiém kép.

B. BAl TAP CAN BAN
§1. TINH PON PIEU CUA HAM SO

Bai 1. Xét chiu bi€n thién ctia him s8 y = x* —3x? + 5x + 2008.

Giai
.Tap xdc dinh: D=R
.Pao ham: y' =3x"-6x+5
a=3>0 2
Vi {A,:(_3)2 —3.5-—-~6<0:>3x -6x+5>0, Vx
.Viy: Him s6 ludn ludén dong bi€n rén R.

Bai 2. Xét chidu bi€n thién ciia ham s8 y =x* + x> £3x” - 5x + 2008 .

Giai
.Tép xéc dinh: D=R |
. Pao ham: y'=4x* +3x’ -6x -5
y'=0<:>(x+l)2(4xﬂ5)é0c3x——-—4 hdéc ng
- Bing bi€n thién: .

X — g ' -1

r

: ¥ : — i =

O |alw




- Vay: Ham s6 ddng bién rén khodng (%, $ oo)

Ham s& nghich bi€n trén khodng (—oo; —5—)

4
_1)2
Bai 3. Xét chidu bién thién ciia ham s§ y = 20 ..__‘l) .
X+
| Giai
« Tép xdc dinh: D = R\{-}}
! 2 _
+Pao ham: y’:giuﬁ’%_é
(x+1)

yV=02x>+4x-6=0<x=1 hoicx =-3
« Biang bién thién:

X - = =1 1 + 00

¥ + 0 - -0 4

» Viy: Ham s§ dong bi€n rén khodng (—90; —3)u(l; +)
Ham s nghich bi€n trén khodng (- 3; - DU (-1 ).

2
Bai 4. Tim m dé hz‘xmsé(y=%x3—mx

+ 2x + 2008 ludn ludn dong bién

trén R.

| Gidi
« Tép x4dc dinh: D=R
e Pao him: y'=x* —mx +2

P& hims6 lu6n luén dong bién wrén R <> y'>0, VxeR

(a=1>0
A:mz_8£0®|m|$2ﬁ

« Vay: |m| <2J2.

Bai 5. Xét chiéu bi€n thién ctia ham s6 y =sin’ x + cosx (O < x < ).

Giai
» Pao ham: y’=2sinxcosx —sinx = sinx(2cosx — 1)

y' =0 2cosx—-1=0(do sinx>0)<£>\cosx:—;—<::“>x:

WA

« Bdng bi€n thién:

10



r

y + 0 -

y*/\‘

« Vay: Ham s8 dong bién trén khodng (0;
\

w3
b DR

Ham s& nghich bi€n trén khodng (E; nj.

we )
Bai6. a) Chirng minh: tanx > x, Vx € (0; gj

3 /
b) Chitng minh: tanx > x + 53— VX e L(); EJ

Giai
a) Xét ham s6 f(x) = tanx — x trén nita khodng [O; %)

Thay f(x) lién tuc trén [O; %)

va f'(x)= 12 ~l=tan’x >0, ‘v’xe(o; T
CcOSs“ X 2

Do dé6: f(x) dong bién trén nita khodng | 0,

:_1‘\__/

-}

Suy ra: f(x) > f(0)=0,Vx e (0; -;E] hay tanx > x,Vx € (0; 121—]

to |

3

b) Xét ham s& g(x) = tanx — x —x? trén nita khodng [O; g}

Thédy g(x) lién tuc trén [0; gJ

va g'(x)= ! ~1-x? =tan’x -x? >0, Vx e 0;E
e 5
COos X 2

( 4p dung két qud ciu a) )

Do d6: g(x) ddng bién trén nita khodng | O; 12‘-
Suyra: g(x)> g'(O) =0, Vxe [O; —;E)

x> ' T
hay .tanx >x+—§— > (), Vxe((); 5]

11




§2. CUC TRI CUA HAM SO

Bai 7. Tim cuc tri cia ham s8 y = -2x” +3x? + 12x.

. Tdap xdc dinh: D=R

Giai

&

.Paoham: y =-6x?+6x+12=—-6(x* -x-2)

y=0x% -
. Bdng bién thién:

. X — o0

X-2=0&x=-1hodcx=2

-1 2 + 00

’

y

- 0 + 0 -
+ 0 | 20
y : \ / CD\

CT o

VY yep =¥(2)=20; Yy (=D =-T.

2 .
Bai 8. Tim cuc tri cia hAm s6 y = f-ixltg
i ‘ X —
Giai
» T4p xdc dinh: D = R\{1}
2 —
« Pao ham: y’ :..).(__.}_x_zf.
(x-1)

0GR 284 =0, <1 hofe xy =143
l 2

X — 00 I—Jg 1 ]+J5_ + 00
y' + 0 - - 0 +
4—2\/§ ’ + + @
y CD‘\ \A <
4+245
— o0 - 00 CT

. Vay: yCD =y(l—\/§ )=4—2\/-5-; yCT(l+J5 )=4+2J§ )

Chd y : P& tim gid tri cyc tri ta tinh

+ Véix, =1-5 =

u'(x) 2x+2
v/(x) 1

x,)=2(1-v5)+2=4-25

+ VEix, =1+5 2 1(x,) =2(1+5)+2=4+25

12




Bai 9. Tim m d€ ham s&
a)y=x’ —2x> + mx + 2008 c6 cuc tri.

2
X“+(mMm+2)x-m+1 - 2
b)y= ( ) - ¢6 cyc dai va cuc ti€u.

x+1

Giai
a) . Tap xdc dinh: D=R
. Paoham: y' =3x* —4x+m
D& ham s& c6 cuc tri <> y' =0 c6 hai nghiém phén biét

<:>A'=4-3m>()¢:>m<g-

b) Tap xdc dinh: D = R\{—I}
x?+2x+2m+1  g(x) \
(x +1)? (x +1)°
Ham s§ dd cho ¢6 cuc dai, cuc tiéu <> g(x) =0 c6 hai nghiém phan biét
khéc -1
A'=-2m>0

Sla(-D=1-2+2m+120 " M<0

Bao him: y'=

Bai 10.Cho ham s6y=f(x)=%x3 +mx’ +(m’ - 4)x + 2. Tim m d€ ham

s6 dat cuc ti€utai x =1.

Giai
. Tap xdc dinh: D=R
.Paoham: f(x)=x>+2mx+m’ -4
f"(x) =2x+2m
Ham s6 dat cuc ti€u taix =1=>f(1)=0 < m’ +2m-3:=0
Sm=-3>hodcm=1

Thitlai :
+ V6im=-3: {f’(l):O — ham s0 dat cuc dai tai x =1 { loai)
M=) =4 <0 Bleyedarl .
+ Véim=1 {m):O — ham s5 dat cyc tidu tai x =1 ( nhan)
C 1 f()=4>0 180 datcy - -
.Viy:m=1.

Bai11.Timcyc triclia hAms6 y =x —e”.

| Giai
.Tap xdc dinh: D=R
.Paoham: y'=1-¢* .
y=01-e"=0¢e" =e"ox=0
NEux>0=e*>e’"=1=y'<0
Néux<0=e*<e’=1=y'>0

13



. Bing bi€n thién:

X - 0 + 00

!

y + 0 o=

y /E:’\

e Vay: yp = y(0)=-1.

| Bai12.Tim cuc tricia hAm s y = JxInx.

Giai
» Tap xdc dinh: D=(0; +m)

o Do HArME §ic e i 4k, = 2

1
2Wx X 2%
1

y=0oInx=-2&x=e? ==
€

2
Néu x>e’ohx>-2=y>0

D<x<e? olnx<-2=y<0
« Bdng bién thién

& 1 2
.Vay:yCT :y[—?):_-—..
(¢] c

Bai 13. Cho ham s8'y =2x* —=9x? +12x -4 . Tim cuc tri clia him s6 va viét
phudng trinh cda dudng thing di qua diém cuc dai va diém cyc tiéu

ctta dé thi.

14

7 Giéi_
« Tap x4c dinh: D=R

« Pao ham: y' =6(x* -3x +2); y'=0<> x, =1 hodc x, =2

Cach1.
« Bang bié&n thién:
X — 00 1 + o0
y' + 0 - 0 +




'ﬁ’“

.Diém cuc dai M, (1; 1), diém cuc tiéu M, (2; 0)

. Phuong trinh dudng thdng di qua diém cuc dai va di€m cuc ti€u la:
X =Xm, Y=Ym, x-1 y-1
= <> = SOYy=—X+2.
XM, _XM| YM‘_l —yM| 2_1 O'—l

Céch 2.

|

Chia f(x) cho f'(x) ta dudc: f(x) :[%x -—2~)f'(x)- X+ 2

Vai x, =1thi f(x,):(%x, —%)f’(x,)—x, +2=-x,+2=1

Goi M, (x,; ¥,)» M,(x,; y,) 12 hai di€ém cuc tri, 1a c6: {

1 1
X, =2 thi f(xz)z(gx2 —E)f’(xz)—x2 +2=-x%x,+2=0
Y, =X, +2
Y, =X, +2

Phuong trinh dudng thang di qua diém M,,M, lay =—x +2.

2
< " -1 N T .
Bai14.Chohamséy = ii’;— . Tim cuc tri cda ham s6 va vi€t phudng trinh

, <o
ctia dudng thing di qua di€m cuc dai va diém cuc tién ciia d6 thi.
| Giai
.Tap xdc dinh: D =R\ {2}
2
. Pao ham: y':i-——4§-—2?-5~, y =0 x,=—1 hoacx, =5
(x-2)
Céch1. |
. Bang bién thién:
X —00 -1 g S 5. +c0o
y’ + 0 - - 0o +

1 + a0 4+ o0
y /'CD\ \ . /
— o0 — (64

« Piém cuc dai M, (~1; 1), diém cuc tifu M, (5; 13)
« Phuong trinh dudng thing di qua diém cyc dai va diém cuc tiéu la:

X=Xy, Y~ Yu x+1 _y-l

X

Céch 2.

o y=2x+3.

=Xy Ve~V S+1  13-1

Goi M;(x;; y,), i=1, 2 2 cdc diém cyc dai va cuc ticu
) u'(x;) 2x,+3 '
Taco:y,=——"—=

- vi(X;) .
Phuong trinh dudng thing di qua difm M,, M, A y =7x + 3.

hay toa dé clia M, thda man y = 2x +3

15
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Bai 15. Tim cuc tri cia ham s6 y =x + y1—x>.

spe

Giai
-Tap xdc dinh:D=[-1; 1]

X \}1 ~x2
Jv1=x? 1-x2
. Gidi v1-x% <x (*)

(*)er>0 - x>0
ilx>01x<x2 lx>0121<0

. Pao ham: y =1-

2_
o —<x<l
2
.Vdi-\/2—5<x<lthiy'<0

vdi—l<x<-\/22th‘1y'>0
.Béng bién thién:

X -1

y' " +

851 o]
-I

\

Viy:iyep = =2 khix =

~fs\.

§3. GIA TRI LON NHAT VA GIA TRI NHO NHAT
CUA HAM SO

Bai 16. Tim GTLN, GTNN cia him s8 y =2x* +3x? —12x + 1 uén [-1;3].

- Giai
+Tap xdc dinh: D =[—1' 3]

«Pao ham:y' =6x +6x -12, y—-Oc:{x e

=2¢D
« Bing bi€n thién :

\/'

-Du’a vdo bang blen thién : maxy =46khi x =3, miny = -6 khix =1.

16




(x+2):

Bai 17. Tim GTNN cda hAimsd y = (vdix >0).

X
Giai
« Tap xdc dinh: D =(0: + w0)
/ >4
« Dao ham: y'= 2 .
- =2
Y PO@[X:—ZGED

« Bing bi¢n thién:

« Dya vao bing bié€n thién (tha'y:miny = 8 khi x = 2.

Bai 18. Tim GTLN ctia ham s f(x) = |x3 +3x% -T2 + 90] trén [-5: 5].

Giai
o Xét ham s8 g(x) =x" +3x* = 72x + 90 rén D=[ -5, 5]

T che o — 2 L) ' — X=4€D
Ta co: g'(x)=3x" +6x-72, g'(x) OQ[)(:%)Q&D

« Bing bi¢n thién:

« Dua vao bang bién thién thay:
maxf(x) = max {]g( - S)|, 1g(4)|, |g(5)|} =400 khi x = -5.

Bai 19. Tim GTLN va GTNN ciia hAm s6 y = —2sin’x + 3cos2x — 6sinx.

Giai
ey =-2sin” x + 3(1 ~2sin” x) — 6sinx = —2sin’ x -- 6sin® x —6sinx +3 (1)
Patu=sinx, —-lsu<l
(1) viel lai: y = —2u’ —6u’ —6u+3
y' =—6u’ —120-6 = -6(0° +2u+ 1) =-6(u+1)’ <0,y =0 u=-1
« Bang bién thién:

TRUNG TAM T

17
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» Dya vao bang bién thién thay:

maxy =5 khi sinx:—qu%—g+k2mkel

minyz—llkhisinx=l<:>x=g+_k2n,kel

1 9
Bai 20. Tim GTLN va GTNN cfia ham s¢ y = SIXH2C0sx+1 )

SINX + COSX + 3

Giai
o . . T
+ Tadp xdc dinh: D=R [dosmx+cosx+3:\/_2_51n(x+2)+3¢0, VX]

(*) = (y —D)sinx + (y —2)cosx =1 =3y (*¥*)
D€ phutong trinh () c6 nghiém x € R <> (y = 1)" + (y -2)° 2 (1 -3y)’
Sy -2y +l+y’ —dy+421-6y+9y" < 4-Ty" 20

& 2
=Sy < =

RG]

» Viy: maxy =—, miny = _Z.
Y- - \/7 ) - \/-7 !
§4. TIEM CAN CUA PUONG CONG

Bai 21. Tim tiém cin ditng va tiém cin ngang cua do thi cdc ham s0 :

3x +1 Vx? +2x
a)y-= byy=—"+
X -1 X —2

Giai
a).Vilimy =+ va limy =—-0=x=-11a tiém cin ding
Nl

7
1

3+—
<Vilimy.=lim )I( =3 =y =314 tiém cin ngang

=

X

b) . Vi limy=+c0 vad limy=-c0o=x=21atiém can ding.

I+g

- Vi limy = lim~—

1-=
X

=1=y=11a ti€m can ngang.

18




—xJH%

Yo

x[lwzj
X

. Vilimy =lim =—]=y=-11atiém cdn ngang.

2
< o . . . U S & -Xx"+x+1
Bai 22. Tim ti¢m cé&n ding, ti¢m cin xién cta d0 thi ham sd :y = : .
X +
Giai
limy=—-w
Vi{'" = x =-11a tiém cin ding
limy =+
Aol
R N A I 1
Ham s6 dachocothé viét lai :y =-x+2 - i
X +

Vi hm[y (-x+2)]= llm(——l—I) 0= y=-x+21latiém cin xién
Xt x+ ‘

Bai 23. Tim tiém cén xién clia d5 thi ham s6 1y = vVx* +x +5.

Giai
Ti€ém cin xi€éncé dangy=ax+b(a=0)
. Khi x — +o0

VX2 +x+5
d*hm~—hm =lim 1+ +——
\—Il’x \ X=d+x

b-—-l@(y—x)ﬂ\im(dx +X+35- x) l \/,__._
S

X°+X+5+x

I+ — 1
= lim 5 ==
X3+ l 5 2
/1+~+—3— +1
X X

l ~ * A ~ A 2 P 2:x
= y=X+ 5 la i€ém can xi¢n cua nhdnh phai

V‘X +X+5
a=limZ =lim =—lim /l+ +--- -
\a—wx A= Nz

b=[i_m(y+x)=lim( X +x+5+x)—llm

A-d-7

-1

]' ~ * A A - A 2 #» ’
= y=-X- 5 la ti€ém cdn xi€n cua nhdnh trai




. T Gt S I "
Bai 24. Tim m d€ do6 thi ham s6 y = ——————— khong ¢6 tiém cin ding.
X —m :

Giai

P& d6 thi khong ¢ tiém can ding khi va chi khi 3m? + m + m = 0

¢:>3m2+2m:()<:>m=0hoacm:_§.

2
(m=#0)cotiém

Bai 25. Timm d€ d6 thi hAmsG y = —x+m +1 - 1
X+

cdn xién di qua diém A(2;0).

Giai

2
¥ m ~ * A -~ A 7 A .
.V‘lllm[— 1}=O:>y=—x+m+]la ti€ém cdn xién cua do6 thi

K=t x_"__ 7 X

«Ti€m cdn xi€n di qua A(2;0)khiva chikhi0=-2+m+]l<m =1

§5. PIEM UON CUA PO THI- PHEP TINH TIEN
HE TOA PO

Bii 26. Cho ham s0 'y =x’ —3x° +2x —4 ¢6 dd thi (C)
a) Tim diém uén I ctia dd thi (C)
b) Viét cong thifc chuyén hé toa do trong phép tinh ti€n theo veets Ol
va viét phudng trinh cda (C) ddi v6i hé toa dd IXY. Tir d6 suy ra
diém 113 tam d6i xing cda (C).

Giai
a). Tap xdcdinh:D=R
cy' =3x2 —6x+2;y"=6x-6,y" =0 x =1
. y" d8i dau khi x qua diém x, =1.
.Vay I(1; — 4) 1a diém uén clia dd thi (C)
b) . Cong thitc chuyén hé toa dd trong phép tinh ién theo vectd Ol Ia
x=X+1
{y =Y-4
Y-4=(X+1) -3X+1)+2(X+1)-4
Y=(X+D[(X+1)’ =3(X+D+2]=(X+D(X*-X)=X*-X
.Ham s& Y = X* - X 1a ham s6 1&. Do d6dd thi (C) nhan géc toa do1

; phudng trinh cia (C) ddi v6i hétoa dOIXY Ja

lam (dm doi xdng.
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Bai 27.Choham s0 y =x - c6dd thi (C)

X +1
a) Tim toa do giao di€m I cla hai tiém cin ctia do thi(C)
b) Vi€t cong thitc chuyén hé toa dd trong phép tinh tién theo vectd OI
va viét phudng trinh ctia (C) ddi vdi hé truc toa dd IXY. Tir désuy ra

diém I 12 tim d6i xitng cia (C).

Giai
a) . Tiém cin ddng x =—1, ti€ém cdn xién y =X ( tudng tu Bai 22)
. Toa d0 giao diém cla hai iém canla I(-1; -1)

b) . Cong thifc chuy€n hé toa dd trong phép tinh ti€n theo vectd Ol 1a

X=X~
y=Y -1
. Phuong trinh cia (C) 461 vé6i hé toa do IXY 1a
Y-1=X-1- hay Y = X - —
X-1+1 X

3 1 .
. Him sc“)Y:X—;(— 1a hAm sd 1é

. Do d6: D4 thi (C) nhin I lam tim d8i xtng.

Bai 28. Cho ham 58 y = x° - 3mx? + (m + 3)x - 1 ¢6 d4 thi (C). Tim m d&
di€m udn cia (C) nim trén parabol (P): y= x2.

Giai
« Tdp xdc dinh: D=R
«Paoham: y' =3x> —6mx+m+3, y"=6x —6m
y'=0x=m
Ta thiy y” d6i ddu khi x qua di€m x, =m
Suy ra: I(m; —2m® +m® +3m—1) 12 diém ubn cha dd thi (C)
le P)-2m’ +m? +3m-1=m®* < 2m’ -3m+1=0

~1+43
2

S m-1)2m’ +2m-1)=0< m=1hoicm =

Bai 29.Chohamsd y = x> +3mx? +(m+ 2)x + 1 ¢6dd thi (C). Tim m dé

diém udn cta (C) ndm trén truc hoanh.

Giai
« Tap xdc dinh: D=R
« Pao ham: y' =3x* + 6mx +m +2
y"=6x+6m
y'=0<x=-m
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Ta thay y” d6i dau khi x qua diém x, = -m
Suyra: I(-m; 2m’ —m® —2m +1) 12 diém udn cha dd thi (C)
[eOx = 2m' —m’ -2m+1=0¢ (m-1)2m* +m-1)=0

e 7, . A . 1 P [ e 2 N
Bai 30. Ching minh do6 thi (C): y = 'x,,+ ; ¢0 3 di€m udn thang hang.

X° +
Giai

. Tap xac dinh: D=R |

, i e T 4 ] ,,_“2()(—1)(x;2 +4x +1)
Y= T Y < TS
(x“+1) (x“+1)

.y"=0<:$x=1hoacx:—Zm\@hoécx=—2+\/§
.y" d6i ddu khi x qua di€ém 1, —2+/3

= A(L 1), B[*z_\/i; L—4—\/§1,C£—2+\/§; 1+4\/§] la cﬁc di€m udn

/

ctia dd thi (C) va AB= ( ~(3++3); 3*‘/§J iiz(z\/é'; —-‘?)
)
3

+f3

G+ By T4
2.3 V3

2

= A, B, C thing hang

— AB va BC cung phuong

§6. KHAO SAT MOT SO HAM PA THUC

Bai 31.Khdo sdt sy bi€n thién va v&édd thiclia haAm s6 y = —x* + 3x + 2.

Giai
« Tap xdc dinh: D=R
« Dao ham: y "= -3x? +3 y=0=x=-1 hoﬁcx—l
y =-6X,y"=0=x=0
Ta thdy y” d8i ddu khi x qua d:em 0, nén 1(0; 2) la dlem udn cla dd thi
Gidi han: limy =+, limy= :

« Bang bién thién:
X — 0 —1 1 + o0

y' - 0 & 0 -
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Pifm dic biét: A(— ), B(2; 0)
« D6 thi

kl
\

A

|

Bai 32. Khio sdt su bién thién va védd thicda hAimsdy =x’ -1

Giai
« Tap xdc dinh: D=R
« Pao him: y' =3x?, y" = 6x
y'=0<x=0

Ta thdy y" ddi dau khi x qua di€ém 0, nén 1(0; —1) 12 di€m udn cla do thi

Gidi han: limy =—oo, limy =+
«Béng bién thién:

— o0 + o0

Pi€m dic biét: A(L; 0), B(-1;, —2)
+D0 thi

T/

"y

Bai 33. Khdo sdt su bién thién va vé& dd thiclia hAim s6 y = —l-x4 ~3x? + 2,

Giai
« Tap xdc dinh: D=R

» Pao ham: y '=2x? —6x=2x(x’ -3),y' =0 x = Ohoaux +3
: = 6x2 -6,y"=0ox=+%I1
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Ta thdy y” d8i dau khi x qua diém +1,nénI(-1:0) va J(1;0) 1a diém udn
cta d6 thi
Gidi han: liﬂ y =+

-

e Bang bié&n thién

X - —J:'; 0 ﬁ «J'S_ + o
y' | - 0 4+ 0 - 0 +
5
- 40 _ 5 + 0
y : : el
=37 -3
. D thi
s
2

Bai 34. Khio st sy bién thién va véddthiclia him s6 y = —x* —2x% +3.

Giai

b

e Tap xdc dinh: D=R
« Paoham: y' = 4x’ —4x = 4x(x’ +1),y' =0 x =0

>0, ¥'x
Taco: y"=—-12x? -4 <0, Vx e R= d3 thi ham s§ da cho khong ¢6
di€ém udn
Gidi han: limy = —0
» Bang bién thién:
X - 0 + o0
y' + 0 -
. .8
y / \
— 0 — 00
DPiém dic biét: A(-1; 0), B(1; 0)
« P4 thi

N




1TV

§7. KHAO SAT MOT SO HAM PHAN THUC HUU Ti

. @ o .,.; - A N o P - ] ~ 2
Bai 35, Khdo sdt sy bién thién va v€do thi cia hAmso y = ;+ N
x_
Giai
1
«Tip xdcdinh :D = R\ {E}
ﬁ

<Paohim:y' = F)——w—i? <0,vVx e D= Ham s6 dacho y giam trén D

K s

[hm y = 40
il :>x=~1-12‘1 tiém cdn ddng
111m y = —o. 2
2
= 1
Vi llrp y = llm ’; =—p Y= Elé tiém cin ngang

X

« Bdng bién thién :
X -~ 00 -1— + oo
2 i
y' = -

! + 00

o~

2 .

_w Y
y.

.DPiém dic biét: A(0; —=2), B( -2; 0),C(3; 1)
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[

.D6 thi

y A

\

2
. , e & e g g0 1
Bai 36. Khao sdt sy bicn thi€n va vé do thi cua hAm s6 y = L
| X
Giai
: . vy 1
Ham s6 da cho vict lai: y =x + —
X
« Tap xdc dinh: D = R\{0}
2
-1
« Bao ham:y':%, y=0cx=%I
X
Vi limy = +o0 va limy = -0 = x =012 tiém cin didng
lim(y-x)=lim—=0=y=x.la ti€m can xi€n
A A~ 4 -t x
Gidi han: limy =-o0 va limy = +o0
» Bang bi€n thién:
X — -1 0 I + 0
y' + 0 - - 0 +
) £ + 00
y

ry




.
e 5 > v - < - A N E % A x-_ - ]
Bai 37.Khao sat sy bi€n thién va v€ do thi cia haim s6 y = ——.

X

Giai
« Ham s0 da cho viét lai: y =x A
« Tép xdc dinh: D = R\ {0}

1 , L
Vi y =2 7150, ¥x € D= Ham s6 da cho déng bién trén D

N
Vi limy =-ow va limy = +0 = x =0 1a tiém cin ding
N

A-2l)
: : 1 o
lim(y —x)= llm[—— =0=>y=xla uém cin xién
(e s vt x
Gidi han: limy =-o va limy = 4w

A= L

« Bang bi&n thién:

X — : 0 ' + o0
y' + +
+ oo + o0
Y /' /
—w o

Pi€m dac biét: A(l; 0), B( —1; 0)
» D thi | )
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§8. MOT SO BAI TOAN THUONG GAP VE PO THI
VAN DE 1. TIM BIEM CO BINH COA HQ BO THI

Cho ho dudng cong (C,,):y = f(x,m), m 12 tham s&
o Tim difmcé dintmamoi ddbhi (G,) 12u 4i ga
Phuong phép gidi

- Bién déi phu’dng trinh y = {(x, m) ra dang
Am+B=0(1) hoic Am’> +Bm+C=0(2)

A=0 A=0
- Gidi hé ~ ~ néu gipdang (1) hoac {B=0 néu gip dang (2)
T E=l C=0

-Suv ra: Piém c6 dinh can tim.

e Timc4cdiémmamoidd thi(Gn) déukhéngli qua |

Fhuong phép gidi
HAszO
oo [A=0 3 C#0 P
- Giai hé B NEU&dp dang (1) hoic A0 né€u gap dang (2) |
B’ -4AC<0

- Suy ra: Céc diém ma db thi khong di qua.

Bai 38. Cho him s8 y = mx® + (1 =3m)x? +2(m - 1)x + 1 ¢6 dé thi (C)
" Chitng minh: V& mdi gié tri cia m, (C ) cta ham sd di cho di
qua ba dié€m c¢& dinh.

Giai
Ham s6'y da cho c6 thé viét lai thanh x(x* -3x +2)m =y — (x - 1)
x=0
7. _ _
Toa d6 di€m c& dinh phai thda {*X ~3X+2)= 0. ) _12
y-(x-1) =0 K =
y=(x-1)

& L=y hoic xe=d hoic x=2
Viy: D4 thi da cho di qua ba diém ¢6 dinh (0; 1), (15 0), (2; 1).

: 2
BAi 39. Cho ham s6 y = M DX =M +M ) 6y (#)c6dd thi (C,,)
X+m

Tim nhitng diém c& dinh trén dudng thing A:x=1ma (C_)

clia ham s8 da cho khong bao gid di qua Vm # 0.
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Giai
Céc diém c6 dinh M(1;y) € Ama dd thi (C_,) khdng bao gid di qua ¥Vm = 0
la nhirng cap (1;y)sao cho phuong trinh sau vonghiém thcom =0

f(3m+l)l~m2 00 = i - (vO nghid )

l+m=0
o {m‘_ +(y _‘4)m+y—l =0 (VG nghlém)
m#—1

{1"“4”'"”0 ey 12y +20<0

A=(y—4) ~4(y-1)<0
< 2<y<10

Vay vm # 0, dd thi (C,,) cia ham sO (*) khong bao g é,l()' di qua cac

diém M(1;y) (vGiye(2;10)) trén dudng lhdng Arxel,

VAN DE 2. BIEN LUAN SO GIAO PIEM CUA HAI BUGNG CONG

Cho hai ho dudng cong (C,,.): y=f(x, m) va (L, ): y=g(x, m). Goi M(x; y)
y = [{x, m)

+Me(C, )N, )< toadd (x;y)cla M la nghi¢m ctia h¢ y = g(x, m)

+ Phuong trinh hoanh dé giao diém cua (C,)yva(L,): (x,m)=g(x, m)(¥)

S8 nghiém ctia (*) chinh 12 s6 giao diém cda (C, ) va (L)
f(x, m) = g(x, m)

+(C)uépxicvdi(L,) < £(x, m) = g'(x, m)

c6 nghi¢m

Bai40. Chohaim sy = X—zwt):—[— ¢ db thi (C). Tim m dé dudng thing
(d):y=-x+m ce“il)(((;)ltai hai di€m phin biét.
Giai
Phu’dng trinh hoanh do giao di€ém cia (C) vdi (d) 1A ﬁg_“;l =—-X+m

S2xP -mx+m-1=0(*) (x=1)
(d) cdt (C) tai hai di€ém phdn biét < (¥) ¢ hai nghiém phén biét khic 1

o]a=m-8m-1>0_ [A=m’-8m+8>0 o m<4-22
2-m+m-120 2-m+m-120 (théa)  |m>4+22

Vay: m <4 —2+2 holic m >4 +2+/2 thi (d) cit (C) tai 2 di€m phan biéL.
Bai 41.Choham s6 y =x’ +3x° +1¢6dd thi (C)

a) Vi€t phuong trinh dudng thing (d) di qua A(-3;1) va c6 hesd goc k
b) Tim k dé (d) cat (C) tai 3di€m phan biét. '

Giai
a)(d):y—y, =k(x- xA)<:>y—l-k(x+3)<:>y kx +3k +1
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b) Phuong trinh hoanh dd giao di€m cta (C) vdi (d):
x?+3x2 +1=kx+3k+l o XX (x+3)-k(x+3)=0
S+ -K)=0
(d) cdt (C) tai 3 diém phan biét < x> =k ¢6 hai nghi€m phan biét khic -3
k>0
k#9 '
Vay: 0 <k # 9 thi (d) cdt (C) tai 3 diém phan biét.

=

BAi 42. Cho ham s6 y = 22+
X+2

Tim m dé€ (d) cdt (H) tai hai di€ém phan biét A, B sao cho AB c6 dd
dai ngdn nhat.

c6 db thi (H), dudng thing (d): y = —x +m.

Giai
2x +1
X+

Phuong trinh hoanh d6 giao di€ém cta (H) vdi (d) la

=-X+m

Sx+(@-mx+1-2m=0(*) (x#-2)
(d) cdt (H) tai 2 di€m phan biét A, B <> (*) ¢6 2 nghiém phan biét
khic -2

Q{Az(él—m)z ~4(1-2m) >0 <:>{A:m2 +12>0,Vm

4+(4-m)(-2)+1-2m =0 4-8+2m+1-2m #0 (thda)
AB? = (x5 —X,)° +(Yg ~¥A) = (X3 =X, ) +(~Xg +m+X, —m)’
=2(xg =X, ) =20(xy + %) —4x5. x,]=2[ (m—4)? —4(1-2m)
=2(m* +12) > 24 |
Viy: minAB=2V6 &> m=0.

x* +(m+2)X—m

Bai43.ChohamsGy = (m % ——%) co d(”; thi (C), dudng

X+1
thing (d): y = —x — 4. Tim m d¢€ (d) c4t (H) tai 2 diém phan biét A
va B d6i xing nhau qua dudng phin gidc A thi 1.
Giai
Phuong trinh hoanh d6 giao diém ctia (C) vdi (d) Ia
x2+(m+2)x—-m

=-x-4 2 +(m+7)x+4-m=0(¥)

Xx+1
(d) gz”il (C) tai 2 diém phan bi¢t A, B < (*) ¢6 2 nghi€ém phin biét
X;. X, -1

2
o A=(m+7)2—8(4—m)>0c> A_ml+22m+l7>0
2-m—-7+4-m=0 m¢—~2— (thda)

<:>m<—-11—2\/% hodc m >—11+2Jé€
Goi I 1a trung diém cta AB, ta cé:
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{ %, erB m + 7
X, = e

4 -
X, —4+(=Xx. —4 +7
y, = )’»x+)’n: Xpo — A+ (X ):_XA+XB_4:E}M¢_~_4
2 2 4
A, B do lXU’Hg qua dudng thing A <> le A x, =y, < m =1 (thda)
‘e . » x2—x+1 ... « 5
Bai 44.Cho hamsd y =——lcodo thi (C) va parabol (P):y =x° +a.
Tim a dé (P) ti&p xtic véi (C).
Giéi
(%2 —x+¢1 -
_l—_x +a
. .y X = .
(P) uép xic (C) khi va chi khi hé , 1 ! cO nghi€m
[i} =(x* +a)
x-1
_x_—_il_:xz.}_a (D ®
= zx_l c6 nghiém
X® -2x
- = 2% (2)
(x-1)
(2)’<:> x# S x(2x2 -5x+4)=0= x=0 (3)
x? - 2x =2x(x? =2x +1) =7 T

>0, VxeR

Thé& (3) vao (1) ta dugc a =—1. Viy: a=-1 thi (P) tiép xiic vdi (C).

2x*+(1-m)x +1+m

Bai 45.Cho ham s8 y = f(x) = — c6dd thi (C,)
X—m
Chitng minh : Vm = —1,(C_ ) ti€p xic v6i mdt dudng thing c& dinh.
Giai

. Tim diém ¢& dinh ciia (C_ ): A(=1; -2) (xem lai Van dé 1)
. 2x* ~4mx +m? —2m -1
X)) =

(x —m)
; 2
. {’(__1):9_:2_m_;_l_:1, Vm # -1
(=1-m)>

. Vay: (C, ) tiép xiic vdi dudng thing y =k(x —x,)+y, =x—1 tai A.
Chi y: Phudng phdp ndy dp dung ddi véi bai todn " ching minh (C_)
ludn tiép xiic véi mdt dudng thing cd dinh tai mot di€m ¢ dinh”

VAN DE 3. TIEP TUYEN vGi DO THI HAM SO

Cho ham sd y = f(x) c6 dd thi (C),diém M(x,; y,)
Dang 1: Phudng trinh ti€p tuyén véi (C) ai M ld y -y, = (X, )(x —X,,)




Dang 2 : Vi€t phucng trinh t€p tuyén cia (C), bi€t ti€p tuyén c6 hé sd
g6c k cho trudc

Phuong phép
« Phuong trinh iép tuyén c6 dang (d): y = kx +b
o (d) ucp xic (O) = f{(f();)) :kkx +B c6 nghiém

« Gidi hé = b => phudng trinh ti€p tuyén can tim
Dang 3: Vi€t phuong trinh ti€p tuyén cia (C), bi€t ti€p tuyén song song
véi du‘(‘mg lhang y =ax + b’ (a = 0) cho trudc
Phuong phap
« Phudng trinh ti€p tuy&n cb dang (d): y =ax +b (b= b’)
f(x)=ax+b
f(x)=a
« Gidi hé¢ = b= phuong trinh ti€p tuyén can tim

« (d) ti€p xiic (C) < c6 nghiém

Dang 4: Vi€t phudng trinh ti€p tyyén ciia (C), bi€t ti€p tuy&n vudng goc
v8i dudng thing y = ax + b’ (a = 0) cho trudc
‘ Phuong ph4p

« Phuong trinh ti€p tuyén c6 dang (d): y = wnl~x +b
a

; f(x)= -—-}-x +b
« (d) ti€p xiic (C) a c6 nghiém
f(x)=--—
a

« Gidi hé = b = phudng trinh ti€p tuy&n can tim
Dang 5: Vi€l phudng trinh ti€p tuyé&n cda (C), bicl ti€p tuy€n di qua M
Phuong ph4p

« Phuong trinh ti€p tuyén (d) di qua M(x,; y,) 1a y =k(x —x,) +y,
f(x)=k(x —x,) +y,

'(x) = k c¢6 nghiém

« (d) ti€p xiic (C) &

. Gidi hé = k = phudng trinh tiép tuyén cin tim

Bai 46. Cho ham s8'y = f(x) = x* —6x” —5x + 5 ¢6 dd thi (C). Vit phuong
trinh ti€p thyén cia (C) tai diém udn.

Giai
.(C) c6diém udn 1(2;—21) ( Xem lai §5. PIEM UON CUA DO THI-
PHEP TINH TIEN HE TOA PO )
. Phtang trinh tiép tuy&n v6i (C) tai diém 1 1a y - (- 21) = {'(2)(x - 2)
S y=-17x+13 (vdif(x)=3x> -12x-5)
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X° —3x+4

Bai47.Chohamsdy = 1 ¢6 d6 thi (C). Vi€t phuong trinh uép
x —_—
tuyén ctia (C) cé hé s gocla —1.
Giai
Phudng trinh ti€p tuyén cé dang (d): y=—x+b
2 —
i__;silj__i =—-X+Db
, X -
(d) tiép xic.(C) & , ! - ¢6 nghiém
X" —-3x+4 , ,
i o W JES
x—1
2
“3x+4
_X___E§I+_ =-x+b (1)
X - ’ [
& 2% —1 ¢6 nghi€m
P g 2)
(x-1)

Tr(2) < 2x* —4x=0<=x=0hodc x =2
Thé x =0 vao (1) ta dude: b=—4, th€ x =2 vao (1) tla dugc: b=4
Viy: C6 hai ti€p tuyény =-x -4,y = —x + 4.

2
Bai48. Choham sy = 2

+13 c6 dd thi (C). Viét phuong trinh tiép tuyén ,

X +
ctia (C) biél ti€p tuyén song song vSi duding thang (d): y = -3x.
Giai
Phuong trinh ti€p twyén cé dang (d): y =-3x+b (b #0)
2
R E =-3x+b
. x+1 ) o
(d) iép xtic (C) &=, ! c6 nghiém
X“+3 ,
( J =(-3x+b)
x+1 _
- | |
X +l3:—3x+b (1)
x+1 g o
v 3% 5 . ¢6 nghi€m
———=-3  (2)'y
(x+1)

TU (2) <= 4x* +8x=0<>x =0 hodc x =-2
Thé x =0 vao (1) ta dude: b =3

ThE x =-2 vao (1) tadudc: b=-13 .

Vay: C6 hai ti€p tuyény = -3x + 3, y =-3x - 13.

Bai49. Chohamsdy =x + ! ¢6 db thi (C). Viét phuong trinh ti€p tuyén
X

ctia (C), bi€t ti€p tuy€n vudng géc véi ti€ém cin xién.

Giai
(C)cétiém cin xiény =x ( Xem lai §4. TIEM CAN CUA BPUONG CONG )
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Phuong trinh ti€p tuyén c6 dang (d): y=-x+b

x+l=—x+b

(d) ti€p xdc (C) < SV I c6 nghiém
(x +~—] =(-x+b)’
X
1
X+—=—-x+b (1)
o ’f c6 nghiém
[1-==-1 (2)

x2

V2

TU(Z)@XZ =“1—C>X=i—-'2-'

Thé’x=iz—2— vao (1) ta duge: b=22

ThEx = mﬂ vio (1) ta dudc: b=-22
: 2 ,‘
¥1y: €6 hai ti€p tuyén y = —x + 272, y=—X-— 2:/2.

82§50, Cho ham s8'y =3x —4x> ¢6 d6 thi (C).Viét phuong trinh ti€p tuyén
t ctia (C) , bi€t ti€p tuyén ndy di qua diém M(1; 3).

Giai
Phuong trinh dudng thing (d ) di qua diém M(1; 3) c6 hé s6 gbc k Ia
y=kx-1)+3

3-12x? =k (2)
Thé (2) vao (1) ta dude 3x —4x> =(3-12x*)(x - 1) +3

< 8x’ —12x* ___0<:>4x2(2x_3)=0<:>x=0h05cx=§

3 _ -
(d) tiép xiic (C) & {3" —AC=k(x-D+3 () o6 hohiam

V8ix=0thik=3, Vd‘ix=% thik =-24
Viy: C6 hai tiép tuyén y = 3x, y =-24x +27.

VAN DE 4. BIEN LUAN PHUONG TRINH BANG B0 TH|
Bai toan |
1) Khdo sdt va vé db thi clia (C): y=f(x)
2) Ding (C) bién luin theo tham s8 m s& nghiém cla g(x, m) =0 (*)
Phuomg phép

+ Chuyén g(x, m) =0 vé

Dang 1: f(x) = m hay f(x) =h(m)

Dang 2: f(x) = kx+m (m latham s&, k lahiing s0)

Dang 3: f(x) =m(x —a)+b, dudng thing y = m(x —a) + b quay quanh

diém cd dinh M(a; b) ' |

+ Dura vao d0 thi ta bién ludn theo tham s6 m s& nghiém clia (*)
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Bai51.
a) Khdo sét su bi€n thién va vé dé thi (C) cua ham s6y=-x"+3x+2.
b) Dung do thi (C) bién luén theo tham s6 m, s6 nghiém clia phucng trinh
—x*+3x+2-m=0
c) Dung d4 thi (C) bién luin theo tham s& n, sO nghiém cia phudng trinh
x'-3x+n=0

Giai
a) Xem lai bai gidi Bai 31

A

=V

-2 -1 O 1 z\

b) Phuong trinh trén viét lai: —x* +3x+2=m (*)

(*) 12 phuong trinh hoanh do giao diém ctia (C) va dudng thing d: y= m cing
phuong truc Ox, nén s§ giao di€ém cla (C) va dudng thdng d 13 nghiém cla
phudng trinh da cho. :

Nhin d6 thi

+ Néum >4 hay m <0: 1 nghiém

+ Néum=4haym=0: | nghiém don, 1 nghiém kép
+ Néu 0<m <4: 3 nghiém

¢) Phuong trinh trén vi€t lai: —x* +3x+2=n+2 (**)

Phuong trinh (**) 1a phuong trinh hoanh d6 giao diém cda (C) va dudng thing
d: y= n+2 cing phudng truc Ox, nén sb giao di€ém cia (C) va dudng thing d 12
nghiém cilia phudng trinh di cho.

Nhin dd thi

. |DN+2>4 n>2

+ Néu [n+2<0¢:{n<—2 1 nghi€m
<~ |N+2=4

+ Néu [n+2=0

+ Néu O0<n+2<4 hay -2<n<2: 3 nghiém

c:{n 22 1 nghi€m don, 1 nghiém kép

Bai 52. a) Khao st sy bi€n thién va vé d6 thi (C) cia hAmsd y = —+—l
X
b) Diing d6 thi (C) bién luin theo tham s& m, s6 nghiém cia

phuong trinh: 2x* ~(m+Dx +1+m =0 (%)
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Giai

a) Ban doc tv gidi

0

RN

b) + (*)<::>2x(x—1)+x,+l=m(x—1)<:>§——%=—2x+m
x i
+ Ban doc tim phudng trinh tiép tuyén ciia (C) song song duding thing
(d):y=-2x+m,ddpsdlay=-2x+7vay=-2x-1.
+ Nhin d6 thi
. Néum<-1hay m>7: 2nghiém don
. Néum=-1: ¢6 1 nghiém kép x =0
. Néum=7: ¢6 1 nghiém kép x =2
. Néu-1l<m<7: vO nghiém.
Bai 53.Bién luin theo m s8 nghiém cla V4 -x> =mx+2-m (¥) |
Giai :
Nghiém cda (*) 1a hoanh d6 giao diém cda hai do thi:
(C):y=\/4—x2,(d):yzmx+2—m=m(x—l)+2
. y=20
Thiy:y=v4-x* o
ay .y {xz ry?=4
(C ) c¢6 d6 thi 12 nira dudng tron phia trén truc Ox ¢6 tim 0(0; 0) b4n kinh la
R=2,d_:y=m(x-1)+2 la dudng thing ludn di qua di€m cd dinh M(l; 2).

"\

(d) ti€p xtic nia dudng tron trén khi hé:

Ja-x* =m(x-1)+2 (1)

4_-x2 ' s ” o

c6 nghiém

Thé (2) vao (1) ta tim dugc x =0, x =-§—

2 Vix=0=>m=0=>d,:y=2

Vdix:§:m=~i:>d 4:yz—i(x-~l)+2.
- 3 g 3
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Nhin dd thi

2

. NE€um >§: I nghiém

. NéuO<m< %: 2 nghiém 13
. Néum=0: I nghiém kép 2

e 4 A * A
. Néu -—<m<0: v0nghi€ém

. 4 :
. Néum= -3—: 1 nghiém kép

. Né'u—2<ms—%: 2 nghiém d d_4,3
. Néum <-2: 1| nghiém

VAN DE 5. TAP HOP CUA MOT DIEM

Mu6h tim tip hdp cia di€ém M di dong ta thuc hién nhu sau:
x =g(m) (1)
y =h(m) (2)
. Khit m giffa (1) va (2) duge phudng trinh F(x, y) =0 ¢6 dé thi (C),
suyra Me (C)
. Gidi han tdp hdp ( néu cd) tif cdc diéu kién ciia tham s6 m d€ c6 M
« K&t luan: Tap hgp clia M 12 tt ¢4 hodc mot phan cia (C): F(x, y) =0
thda diéu kién gidi han.
Truong hep déc biét :
” x=a (hingsd)
+Néu M {y — h(m)
(gid1 han y = h(m)).
+ N&éuM {" =&(M) by M thube duding thing (d): y=b
y=b (hdng sd) '
( gidi han x = g(m)).

. Ta tinh toa dd ctia diém M phu thudc theo tham s m:

thi M thupc dudng thing (d): x =a

Bai 54. Chohimsdy=x-3+ ! c6 db thi (C), dudng thing (d): y =m.
X

Trong trudng hdp (d) cit (C) tai hai di€ém phan biét M va N. Hay
tim tap hop trung diém 1 clia doan MN khi m thay déi.

Giai
. Phuong trinh hoanh d6 giao di€m ctia (C) va (d) 1a x -3 +l =m
X
SxP-C+mx+1=0 (%
(d) cit (C) tai hai diém phan bi€t M va N < (*) ¢6 hai nghi¢ém phéan biét

< A=3+m) —4>O<:>m2+6m+5>0<:>m<—5 hodic m > -1
+ XXy 12 nghiém cda (*). Toa do trung diém I ctia doan MN la
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Xy +X 3+m
X, = M2N= 5 (1)

y,=m (2)
Thay (2) vao (1) =y, =2x[7—3
Suy ra I nim trén dudng thing y =2x -3
.Gidi han: + m<-5=2x, -3<-5=>x, <-1
+ m>- 1:>2x,—3>—l::>x >1
. Vay: T4p hop céc di€m I khi m thay d6i 1a du’o’ngy 2x -3 vé8i
Xxe(—o0; —1)u(l; +o).

Bai 55.Cho himsG'y = x* = 3mx? +(m +1)x + 16 thi (C_ ). Tim tip
hgp di€m uén I cda (C,)).

Giai
. . |Xx=m : (D
(C,,)c6diém udn I s ¢
y=-2m +m°+m+1 (2)
(Xem lai §5. PIEM UON CUA PO THI- PHEP TINH TIEN HE TOA PO )
Khir m giira (1) va (2)tacé y =23 +x? +x+1

Vay : Tap hgp diém uén I cia (C,_ ) 1a dudng y = —2x +x2 +x+1

Bai56. Cho (C_):y= x* —6x* —2m(m + 2)x + 28 . Tim tip hop di€m
udn I cta (C,).

Giai
Y, = ~4m’® - 8m + 12
( Xem lai §5. BIEM UON cUA DO THI- PHEP TINH TIEN HE TOAPO)
Taco: y, =16—-4(m+ 1) U6
Vay: Tap hdp diém udn [ cia (C,) 1a phin cla dudng thing (d): x =2
tng véi cdc diém c6 tung dd y <16.

(C,,) ¢6 di€m udn I { => I nim trén dudng x =2

Bai 57.Chohdm y = 3x + m + 'ET ¢6.d6 thi (C._ ). Tim tap hop tim d6i
x_ ,

xitng ctia hypebol (C ).

Giai

Bé (C_)l1a hypebol thim # 0

Tiém cn ditng x = 1, tiém cdn xién y = 3x + m (Xem lai §4. TIEM CAN CUA
DUONG CONG )

Tam d6i xing I cda (C, ) 12 giao diém ctia hai tiém cin , toa d6 cla diém I

1a I(1; 3+ m)

Gidi han: Vimz20=>y=#3

Vay: Tap hdp tdm déi xtj’ng cia (C_ ) la dudng (d): x =1 tri diém (1; 3)
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C. CAU HOI TRAC NGHIEM

1) Khodng nghich bi€n ctia ham s0 y = —%x3

—x? —3x+§ la
A. (-0, 1) B. (-1;3) C. (3;+ ) D. (-0, = 1)U (3; + )

2) Khodng nghich bién cia ham s§ y = %x‘ ~3x° —% 1a

B

A. (~oo;~x/§)u(0;\/§) B. (0;—7)U(‘5‘;+°°)

C. (V3;+ ) D. (—/3;0)U(/3;+0)-
3) Khodng dong bién ciia ham s6 y =v2x —x* 1A

A. (—o0;1) B. (0;1) C.12) D. (I;+ )
4) Ham s6 y = x* —3x? + mx +1 lu6n déng bi€n trén R khi |

A. m>3 B. m<3 C. m<3 D.m23
5) Trong cdc ham s3 sau, ham nio dong bi€n trén R ?

A. y=x"+3x% +3x+2008 B. y=x"+x*+2008

C. y=cotx D.yz)H-1

x-2

%) Cho ham sd f(x) = —l—i‘—— f(x) ddng bi€n trong cdc khodng nio sau diy?
nx .

A. (0;1) B. (1;e) C. (0;e) D. (e;+ o)
7) Cho ham s6 f(x) = = +; . Trong cdc ménh dé sau, im ménh dé ding
x —_—

A. f(x) nghich bién trén R

B. f(x) nghich bién trén (- o0; 2) U (2; + )
C. f(x) nghich bién trén (—o0;2) U (2; + o)

D. f(x)dong bi€n trén (—0;2) U (2; + )

8) Trong cdc ham s& sau, ham nao déng bién trén (1; 3)?

‘ x-3 2_4x+8 -

A.y=——— B; st S0
i x—1 ' -

C.y=2x"-x* D. y=x?-4x+5

9) Cho ham s f(x) = x> - 3x + 2. Trong cdc ménh d€ sau, tim ménh dé sai

A. f(x) gidm trén khoang (-1;1) B. f(x) gidm trén khodng (— 1, —;—J

C. f(x)ting trén khodng (1;3) D. f(x) gidm trén khodng (%, 3]
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10) Ham s3 y = xInx ludn dong bi€n trén khodng

11) Gi4 tri ndo cda m thi hAmsdy = X+m

A. (107" + o) B. (e"';+x) C.(e;+») D. (I; + o)

nghich bién trén tirng khoang xac dinh

A. m<-2 B. m<-2 C.m>-2 D. m>-2
12) Ham s6 y = 2x* —9x® +12x + 5 ¢6 s6 diém cuc tri bing
A1 B. 2 C.3 D. 4
13) Him s8 y = x* +x* +1 ¢6 s6 diém cuc tri bing
A. 0 B. | C.2 D. 3.
. XP-4x+8 . . .., s
14) Himsd y = —— c6sd di€m cuc tri bing
x_.
A. 1 ‘ B. 2 C.3 D. 4
15) Ham s6'y = x” —2|x|+2 ¢6 s8 diém cuc tri bing
A. 0O ' B.1 C.2 D. 3
2 .
16) Cho ham s6'y :H_%x_lt?_ c6 hai di€m cyc tri x,, X,. Tich x,.x, ?
X + .
A. -4 B. -2 C.0 D. 2
17) Gid rim d€ ham s6'y =x® —x* + mx - 5 ¢6 cue tri 1a
A.m<l B.ms—l- C.m>l D.m2l
3 3 3

18) Gid trim dé ham s6y =

X +mx+2m-1 o
‘ co cuc tri la

: X
1 1 1 1
A. m<— B. m<— C. m>— D. m>—
2 2 2 | 2
19) Gia tri m d€ ham s8y =—x —2x? + mx dat cuc tiéu tai x =1 1a
A. m=-] B. m#=-1| C. m>-1 D. m<-1
2
20) Cho hAm s0'y ~—-i~—+—m—x—t—l. Tim m d€ ham s& dat cuc daitai x =2 7

40

_ . X+m
Mot hoc sinh giai nhy sau

: 2 2
Budc1:D =R\ {-m),y =X r2mx+m -1

(x + m)?
Budc 2 : Him s6 dat cuc dai tai x =2 < y'(2) =0(*)
Budc3:(*)om' +4m+3=0 m=-1hodcm=-3.

Bai giai trén ding hay sai ? N&u sai thi sai tir budc nao?
A. Budcl B. Budc?2 ‘C. Budc3 D. Giar ding



21) Cho ham sd f(x) = 5x + e 2, ménh dé sai la

X
A. f(x)dat cuc dai tai x = —1 B. f(x)dat cuc tiéu tai x =1
C. f(x)cogid tri cuc dai la 8 D. M(1;8)1a diém cuc tiéu

22) Cho ham sd y = x° —6x* +9x c6 d6 thi (C), phudng trinh dudng thing di qua
hai di€ém cuc dai, cuc tiu cda (C) Ia

A. y=2x+6 B.y=2x-6 C.y=-2x+6 D.y=3x
23) V@i didukiénnaocliaavabdé hams6y=(x+a)’ + (x +b)’ —x°
dat cuc dai vacuc ti€u |
A. ab>0 B. ab<0 C.ab20 D. ab<0
24) Gid tri m déham s y = (x —m)(x* —2x —m - 1) ¢6 hai di€m cyc tri x,, x,
théa mdn | x,.x,|=11a |
A. m=4 B. m=-2 C.m=-4 D. Mot két qua khdc

mx2 +3mx +2m +1

25) Gid trimdé hams0 y = c6 hai diém cyc tri nim

v biaiphia 861 Vel i OX 1. 1
A. O<m<4 B. m<0 C.m>4 D. m<0Ohodcm>4
26) Gi4 trim dé ham s6'y = x* + mx? —1 ludn c6 cuc dai va cuc tiéu 1
A. m>0 B. m<0 C. m>4 D. M6t két qui khdc
27) Gi4 trim d€ ham s8 y = mx* + 2x? —10 ¢6 ba diém cye tri 12
A. m>0 B. m#0 C. m<0 D. m<0

28) Gi4 tri m d€ ham s8'y = x* — 2mx? ¢6 ba diém cuc tri 12 ba dinh ctia mot
tam gidc vuong la

A. m>0. B.m=0 C. m=1| D.m=0ho€1ﬁn=1
29) Him s0 y = X —2x+4 c6 hai diém cuyc tri trén dudng thing cé phuong trinh
y=ax+b véi a):fwzbl’mg
A. -1 B. 0 C. 1 D. 2

P
L

X" +mx

30) Cho ham s y = [
-X
dd thi him s6 trén biing 10 Ia
A. m=I B.m=2 C.m=3 D. m=4

. Gid tri m d€ khoang cdch giita hai di€m cuc tri ciia

31) GTNN ctia y =x* —4x” + 4x? +% bing

A2 B. 3 c.? D. -2
p 3
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32) GTLNciay =x _L trén (0; 3] bing
X

A.3 B. § C. 2 D. 0
3 : g8
33)‘GTLN cuay = x? —3x? —9x + 35 trén doan [ — 4; 4] bing
A. 40 B. 8 ' C. -41 D. 15
34) GTLN ciia y =v5-4x trén doan [-1; 1] bdng
A. 9 B.3 C.1 D. 0
35) GTLNciay = X > trén ni¥a Khodng (- 2; 4] bing
X+
AL B. 1 c.2 ‘p. 2
5 3 3 3

_36) Cho ham sc“)'y =sin’*x — cos2x +sinx + 2. GTNN ciia him s& rén khoang
[_zi. z) bin
272 &
A2 B. L
27 27 |
37) Cho ham s8 y = —x +2008 —l. GTLN clia ham s8 trén khodng (0; 4)
' X
dat tai x biing

C.5 D. 1

Al B. 2006 C. 2007 D. 2008
. 2
38) GTLN M, GTNN m clia ham s6'y = %% trén doan [1; ¢*] I3
X
A.M-—-%,m:O B.M=—4—,m=—gT
e e e
C.M= —4—2,m =0 D. Mot két qué khéc
e . .
39) D4 thj ciia ham s6 y= £ +11 c6 tiém cin ding la
x_ E
A. x=1 B. x=2 C.x=-1 D. x=-2
- £ s o 3x+4 A .
40) PO thicuahamsdy = 5.5 ¢6 tiém cdn ngang la
; X-
3 3 1 4
A y=— B.y=— C.y=— D.y=—
d 2 d 5 4 5 d 5
3x+5

41) Cho ham s6'y = ¢6 db thi (C) . Khing dinh ndo sau ddy 1a ding?

2X —-
A. (C)c6tiém cin ditng x = 5 B. (C)c6tiém can ngangy = ——3—
C. (C)co6tiémcinxiény = %x D. (C) khdng c6ti€m can
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’ 1 5 S S
42) Chohamsd y =2x+1~-— . 856 tiém cédn cua do thi bang?

X
A.l B. 2 c.3 D.Khong c6
43) D6 thi clia hAim sd y = —x—i% cé
x o
A. Tiém cidn ding x =2 B. Ti€ém cdn ngangy =1

C. Tim d&i xitng 1a diém 1(2;1) D. Cd cdu A, B,C déu ding

a 1_ ~ ~
44) Chohamso y = ~—1 . Trong cdc mé€nh d€ sau, ménh dé nao sai?
X +

A. D4 thi ca ham s6 trén ¢6 tiém cin ding x = -1-

B. D(‘S‘thi clia ham s8 trén c6 tiém cinngangy =0-

C. Paohamcliaylay =- 1 5
| | (x+1)
D. Béng bi€n thién cia ham s6 trén 1a
X — 0 -1 + o0
y’ = k=
| 4o + 00 _
y T e——— T
-0 —o0
- | ; o
45) Choham sd y = —x — Xét cac ménh dé
x -—
(I) B4 thi ciia ham s6 trén c6 tiém can ding x =1 vay = —x -
(1I) Him s6 nghich bién trén (-o0; 1) U(l; + ©)-
() Yop =y(2)=-3,ycr =y(0) =1
Ménh dé nao ding? _
A. Chi(l) B. Chi(ID)
C. Chidll) D. Ci c4u A, B, C déu diing
mx’ — |
46) DE d4 thi ciia ham s y = —————— ¢6 hai tiém cén ding thi
X°-3x+2
A.m=#0 B.m#lvaim=#2
C.m#2vam ;t:lf D. Mot két qud khdc
) |
" -3 1 S NET
47) P4 thi cia ham s6 y = A X J;m * khong ¢6 dudng tiém cén xién
x -—
khi gid tri cia m la
A.m=0 B.m=0 C.m=-1 D.m=-1
48) Db thi cia ham s6 y = /x* —x ¢6 tiém can xién 1
A. y=1x B.y=x C.y=-x D. Khéng c6
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xP—mx +2

49) Gid tri m d€ d6 thi cia ham s6 y = — (m # 3) ¢ tiém can xién di
qua goc toa d6 1a |
A. m=-2 B. m=-1 C.m=#0 D. m=1
50) Tiém cén xién ctia dd thi ham s6'y = iin_x;l cit Ox, Oy lan lugt
" tai A va B 6 dién tich tam gidc OAB h%“n)ig_i%l thi
A.m=3 B. m=5 C.m=0 D. m=3hodcm=-5
51) Gié tri m dé db thi ham s8'y = 2"2;3’: ™ khong c6 tiém cin xién
A. m=0hoaicm=1B. m#0 C.m=1 D.mz20vam=#1
52) Diém nio sau day la diém udn clia dd thi y =x* —3x +2
A, (-1;4) B. (0;2) C. (1;0) - D. (2,0)
53) D) thj clia ham s y = x* + x* +1 ¢6 bao nhiéu diém udn?
A. 0O B.1 Ce2 D.3
54) Gia tri m d€ dd thi ctia y =x* —(m - 1)x* + 2007 c6 hai diém uén l1a
A. m<«l B. m<l1 C.m>1 D. m21
55) Gid tri m d€ d thi cia y = x* — mx + 2 nhan I(0; 2) lam diém udn 12
A.m=1 B. m=2 C.m=3 D. meR
56) Tim m d& d6 thi ctia y = x* + (m +1)x* — 2008 khong c6 diém udn la
A. m>-1 B. m>-1 C. m<-1 D. m<-1

57) D6 thi ctia ham s§'y = ax’ + bx® + x -4 nhdn ¢i€m 1(2; - 6) lam di€m udn
th€ thi tich s& a. b biing

A.—*Z B. B C.E D.—3--;
4 8 4 8

58) Cho ham s6 f(x) = x* + 2x* —2008 . Trong cdc ménh dé sau, ménh dé nao sai’
A. DPéthi clia ham s6 f(x) ¢6 m6t di€m udn.
B. Him s6 f(x) c6 mot cyc ti€u.
C. lIim f(x) = +o0 va lim f(x) = +o0.

X =+ X—>-%

D. ‘E)c‘) thi cia ham s& f(x) ludn cit tryc tung tai diém A(0; — 2008).
59) Cho ham s0 f(x) = x> + 6x* —m’x (m 13 tham s8). Trong cdc ménh dé sau,
ménh d€ ndo sai? ‘
A. Ham sd f(x) luén c6 mdt cuc ti€u va mot cuc dai véi moi m.
B. D6 thi ctia ham s6 f(x) lu6n cdt truc hoanh tai ba diém phén biét
véi moi m # 0.
C. lim f(x) = +oo va lim f(x) = —o0.

X+ x-—x

D. D6 thi cia him s6 f(x) khong cit truc hoanh.



60) DO thi sau diy la cda ham s6
yﬂ‘

A y=x"'-1
B.y=x"-2
C.y=x'-3
D. y:x"—4

61) Choham s6 f(x)=x+1+ 4 ¢6 db thi (C). Ménh dé nao sai?

Xx+1

A. P4 thi (C)ctia ham s6 f(x) c6 tiém can ding 13 dudng thing x = 1.

B. PO thi (C)ctia ham s6 f(x) cé tiém can xién la dudng thﬁng y=x+1.

C. P6thi cda ham sd f(x) ¢c6 mot di€m udn.

D. P& thi him s trén c6 tAm d&i xttng 12 giao di€ém cua hai tiém cin.

62) Db thi sau diy la cda ham s6

\
J

-

-1 0 ;\

63) PO thi sau day 1a clia ham s&

y A
—1_ o

—r -
1 : 3

L]

— 2 -1 ()/I

A y=-x"+1
B.y=-x"+2
C.y=-x"+3
D. y:‘—~x"+4

A. y=x'+3x-2007
B. y = —x' - 3x +2008
C.y=x"'-x’

D.y=x"+x"

A y=x'+3x*-2
B. y=x3—3x2—2
C.y=x"+2x*-2
D.y=x'-2x"-2
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65) Db thi sau day 1a cda ham s6

o

1 a

66) D) thi sau ddy 1a cia ham s6

vp

4

-

67) D6 thi sau d

.\/\.\

ay la clia him s6

-1

B

68) Do thi sau diy 1a cia hAm s6

y A
3

b

=1

69) D6 thi sau ddy Ia ciia hAm s&

Y/

0] 1

\

1

X

L A

\

-1

/
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= P

y=x"+6x%49x
y=x"—6x°+9x

y=x'+6x? -9x

.y =x"-6x’ _9x

y=x+1)*(1-x)
y=x+D(1+x)

y=(x+1)2(2-x)
y=(x+13Q2+x)

y=—x*-2x2+3
y=-x*-x?+2

y=-x*+3x*-5

Ly =—x*+4x> -6

ye—xt +x2 +1
y=x*+x%+2

y=-x*+2x*+3

cy=xt+x? 41

Ly=—x*+x%-1
Ly=—x*4+2x% -1
Ly=—x*+3x*-2

Ly=-x*+3x?-3



70) D6 thi sau diy 1a ctia ham s&

1
\N .
/

&

VIV

-2

71) P4 thi sau diy 1a cia ham s6

Ay

72) D6 thj sau ddy 14 cia him s&

A

73) D) thi sau diy 1a cia ham s&

A

y

Y

A. y=—-x*+2x* -1

B. y=x*-2x%?+1
C. yz—l—x4 3242
2 2

D. yz—ix4 +3x? 2
2 2

X
Y 2x +1

X+1
B.y=
d 2x +1

C.y=2x+2
2x +1
y_x+3
2x +1

_X#3
T 2x-1
_2x+1
y_4x—2
_Xx+3
Yok

A.y
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74) D6 thi sau diy 1a clia him s&

“? 2
-Xx“+1
A.y=
y X+2
-x?-3x-1
B.y=———
4 X+2
1 _ 2
z \ = X“+8
-3 \0 x X+2
' \ D-y:—x2+x—2
‘ X+2

75) D4 thi sau diy 1a ctda him s&

A. y:—x+3+»-i—
x -1
. | B.y:—x+3+——2———
™N x-1
. \ , C.y=—x+3-—;
< x-1

= D.y=-x+3+
x-1

76) Cho db thi him s&'y = x> —6x* + 9x ¢6 hinh vé& hinh 1. P4 thi hinh 2

la clia hdm s& nao dudi day ?

u/\ -4 -3 -1 O 1
[] k) x

Hinh | \ Hink 2
Ay =|x]“ —6|x|2 +9|x| B. y=|x|" +6x| +9]x|
C.y= lx|3 —6|x|2 —9|x| D.y= lxl3 4 6|J'(|2 ~9|x|

77) Cho @6 thi ham s8'y = x* + 3x* - 2 ¢6 hinh vé hinh |

»

3
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D6 thi'hinh 2 12 clia ham s& nao sau diy ?

Ay :|x]3 +3|x|2 £ B.y :1xl] +3x% -2

C.y=|+3x* -2 D. y=[x'+3x?|-2
"78) Cho d6 thi ham s8y = x’ + 3x* =2 ¢6 hinh vé ( hinh 1)

Vi gid tri nao clia m thi phudng trinh {x’ + 3x* ~2| = m ¢6 6 nghiém phén biét

j A. -2<m<2
/\ 5‘ B.O0<m«<?2
/ _\/ ‘ C. -2<m<0
79) Cho dé thi ham's§ y = —— ¢6'hinh v& hmh |
: 2x +1
Ay
J ‘T )'% 1
e : : ™
V'_l.__lv. [ ?
2
Hinh 1 . Hinh 2
D4 thi hinh 2 1 ciia ham s§ ndo sau day ?
X x| X
A y= . s ., Y= ——— =|—
! 12“1 Y1 T T 2 +1

X—+2

80) Cho dd thj ham s5'y = o6 hinh v& hinh 1

2x--— 1

My

-1 (¢ 1 s

-2

Hinh I . Hinh 2
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P4 thi hinh 2 14 cta ham s8 nao sau day ?
|x|+2
2/x| -1

_|X|+2 X+2

T I R T

X+2
2x -1

A.y=

31) Cho d8 thihAm sy = —x + 3~—~—1—I~ ¢6 hinh vé hinh 1
x —_—
\\ TN

Hinh 1 | Hinh 2 "
P4 thi hinh 2 12 ca ham s6 nio sau day? T

" _-;|x|2+4|x[+4 B _—|x|2+4\x]—4
e Ix|-1 T T
2 '_
C.yz—ina+4|Xl _4 D.y:—x+3—-~l— ,
[x|—1| x—1 /

82) Cho ham s& y =x’ —8x . S giao di€m cia d thi ham s8 va truc hoanh bling
A.0 B. 1 C.2 D.3

83) S6 giao diém clia dudng cong y =x* —2x* + x -1 va dudng thing
y =1-2x bing '

A.0 B. 1 C.2 D. 3
84) Cho ham s8 y =x> —3x +2 c6 dd thi (C). Pudng thing d: y = m c4t (C) tai
ba di€m phan biét khi
A.0<m<4 ‘B.0sm<4 C.m<0 D. m>4
85) Goi M va N 1A giao diém cla dudng thing y = x + 2 va dudng cong y = X +26 :
x —
Khi d6 hoanh do trung diém I ciia doan thing MN bing
A.7 B.3 C. I D. 7
2 - 2

86) Pudng thing d di qua di€m udn cia dudng cong (C): y = x* —3x va c6 hé
s6 géc m. Gi4 tri ndo cia m d€ d cit (C) ba di€m phan biét ?

A. m>-1 B. m>-2 C. m>-3 D. Mot két qua khdc
87) Gi4 tri m d€ dudng cong y = (x —1)(x? + x + m) c4t truc hoanh tai ba diém

phan biét la
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A.m<lvém¢—2 B.m<l
4 4

C. m> -}; vam #2 D. Mot két qud khédc
2 X2 + X S 5
88) Gi4 tri m d€ duding thdng y = m cdt dudng cong y = —_3 tai hai
diém phén biét la
A. m<3hoicm=7 B. m<3
C.m>7 D. m<3hodcm>7

+4

89) Gi4 tri m d€ dudng thing y =m - 2x cdt dudng cong y = o

hai di€m phan biét la

A.|m|>4 B. |m|>4 C. |m|<4 D. |m|<4
90) D4 thi (C) ciia ham s6 y = 3‘—"—1’%"1 ¢4t truc hoanh tai hai diém phan biét
x=1 ,
¢6 hoanh d6 duong khi
A. me[—-l;OJ B. me(—oo;—l]u[();+oo)
2 T
C. me -oo;——]—)u(-O;+oo) D. me -1;0
2 2
R = x2+3x+3 " .
91) P4 thi (C) chahaims6y = ST e c6 diém chung véi dudng thing
: ' X +
d: y =kx + 2 khi .
A. k € (-»;-3] B. k € (—o0; - 3] U (1; + )
C. ke(-3;1} D. ke(-3;])

92) Gi4 tri m dé duong thing y = 2x + m c4t dudng cong y = E-t—i tai hai-

di€m A, B phén biét sao cho doan AB ng&n nhat Ia

A. m=-1] B. m=-1 C. m<-1 D. VmeR
93) Gi4 tri m d€ dudng thing y = m cit dudng cong y = X ymx-l tai

" hai di€ém phin biét A, B sao cho OA vudng géc OB 1a X

A.m=#=0 B. m<lvam=#0

C.m=1] l;‘/g D. Mot ket qua khdc

94) N&u ham s6 y = f(x) c6 dao ham tai di€m x, thi phudng trinh ti€p tuyén cia
d4 thi ham s6 d6 tai diém M(x,; y )(v6iy, =f(x,))1a

A‘ y_yn =X —-xn ‘ B' y_y" =f(xn)(x_xu)
C' y _yu = f'(xn)(x "'XU) D‘ X"'x“ =f’(xn)(y—yu)
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95) Cho hamsd 'y = %x% +x* -2 . Tiép tuyén tai diém udn cia do thi him sd ¢
phudng trinh 1a
7 7 7 7
AL y=-Xx—— B.y=x-— C.y=—x+—= D.y=-=xXx
Y E (U y=7 3 Y 3 Y 3
96) Cho duding cong y = x* + 3x” + 3x + 1 c6 d6 thi (C). Phuong trinh tiép

tuyé&n cia (C) tai giao diém cita (C) véi truc tung 13

A, y=8x+1 B.y=3x+1 C.y=-8+1 D.y=3x-1
x’ -3x-4 o | e .
97) Cho dudng cong y = ~_-l-m c6 do thi (C). Phudng trinh ti€p tuyén cia (C
tai giao di€m ciia (C) vdi truc tung 13
A.y=-Tx+4 B,.y=—x+4
C.y=7x+4 D. Mot két qud khdc
—x? +4x -3

98) Cho ham s6 (C): y = . Phudng trinh tiép tuy&n cda (C) tai

giao diém ciia (C) v6i truc hoanh 12

A, y=-2(x-1) B. y=-2(x-3)
C.y=2(x-1) D. Mot két qud khdc
99) Haim s8 y =x* —2x2 +1¢6 db thi (C) . Ti€p tuyén vdi (C) tai diém cyc dai 12
A y=1 B.y=2 C.y=x+I D. Mot két qua khédc
100) S& dudng thing di qua diém A(2; 0) va tiép xtic vdi dd thi (C) clia ham s
y=—x*+2x*1a
A. 0 . B.1 C.2 D. 3

101) Cho haim s6 y =x° —mx? — 4x +4m cé d6 thi (C). P4 thi (C) ti€p xvc vdi
truc hoanh khi ‘

A. m =42, B.m=43. C.m=+4  D. M6t két qua khdc.
102) Cho ham s6y =x> -3x” + 2 ¢6 d8 thi (C) . Tiép tuy€n véi (C) di qua diém
AG3;2) 1a
A.y=9x-25vay=3. . B.y=x+1vay=2.
C.y=x-lvay=-x+6. "D, y=9x-25vay=2.
S . 4 W G % O &
103) Ti&p tuyé&n k& tir diém A(0; 6) d€n d6 thi hAm sd'y = _"_____.2__. 1a
. -~
A.y=-2x+6vay=-5x+6 B. y=-2x+6vay=6
C.y=-5x+6vay=6 D. y=-2x+6viy=-3x+6
‘ ’ : ' - ? .0 i -,
104) Tim trén db thi (C) cia hAm sy = x_4:_3_1£1j_6 cdc di€m ma ti€p tuyén
: X+

3 1
tai d6 vudng géc vdi duong thang d: y = Ex
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A. (0:6),(2;-4) B. (0;-6),(2;-4)
C. (0;6),(-2;-4) D. (0;-6),(-2;:—4)
105) Ham s8'y =-x +3x> =3 ¢6 d6 thi (C) . Ti€p tuyén cia (C) vudng géc
v{3i dudng thang d: y = gx +21a

A. y=-9x —8va y=—9x +24 B. y=9x-8viy=-9x +3
C. y=9x+24vay=-9x+3 D.y=9x+7vay=-9x+5
X’ =3x +2

106) Cho ham s8(C):y = va dudng thing d: x =1 . Cdc di€m nao
trén d d€ tr d6 c6 thé ké dén (C) hai ti€p tuy€n vudng géc nhau ?

A. (1;3+47),(1;3-7) B. (1,-3++7),(,-3-v7)
C. (-1;3+47),(-1;3-47) D. (-1;=3+47),(-1,-3-+7)

'107) Cho ham s0'y =%x3 +lx2 —-2x —% c6 d6 thi (C) . Ti€p tuyén ctlia (C)
song song vdi dudng thang d: y=4x +2 la

73 7 26 7

A. y=4x+—vay=—4x+— B. y=-4x—-——va y=4x+—

y 6 ay 6 y 3 y 6

' 26 73 26 73
C.y=4x+—vay=—4x —— D. y=4x-—va vy —

y 3 y 6 y 3 y 5 .

. 108) Gi4 tri m d€ ti€p tuyén clia dd thi ham s8y =x* + mx’ -m -1 tai di€ém
A(l; 0) song song véi duong thing y =2x la

A, m=-3 B.m=-2 C.m=-1 D. muyy
. & ax® — bx P L 5V e »
109) Cho ham s0 (C): y=——— . D€ (C) qua di€ém A| -1, t va ti€p tuyén
o ' .
“clia (C) tai gdc toa dd ¢6 hé s6 géc bing -3 thigidtriavab1a
3 3 3

A.a=-—b=-6 B.a=—,b=-6 C.az—g,b:G D.a=—,b=6
: 2 2 2 2

110) Tim nhitng di€m trén truc hoanh d€ tir d6 ta vé dudc hai ti€p tuyén dén
I+2x

1-x
Budc 1: Goi M(m; 0). Phudng trinh dudng thing d di qua M c6 hé s&
gocklay =k(x —m)

dd thj (C) cla haim sd y = - Mdt hoc sinh gidi nhu sau

Budc 2 .
+ Diéu kién d 1a ti€p tuyén cda (C) khi va chi khi hé sau c6 nghi¢ém
[Hzx:k(xmm) "
] ~3x ‘
=k (2)

i
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+ Thay (2) vao (1) ta dugc 11+ e ?  x—m)

{x #1 X7l
(1+2x)(1-x)=3(x-m) ~ |g(x)=2x"+2x-(Bm+1)=0 (¥
Buéc 3: T M ta ké hai ti€p tuyén dén (C) ’

& (*) c6 hai nghiém phin biét khic 1 <> {A =6m+3>0

g(1)=3-3m=0

1
S—-——<m=#l .
2

Viy: M(m; 0) véi ——21—<m¢l.

Bai gidi trén ding hay sai? N&u sai thi sai tir budc nao ?
A. Budcl B. Budc 2 C. Budc3 D. Bai gidi ding

111) Gi4 tri m d€ hai d3 thi (C): y=x> + m(x +1) va d: y = x ti€p xiic véi nhau la

A. m=l-hoaz:~m=l B. m=—lhoacm‘=2
4 4
C. m=—l—hoacm=2 ' D. m=lhoacm=—2
4 4 _
s n sB% s ks It —x—1 5 P
112) Gi4 tri m d€ hai d6 thi (C): y:—.——l—— va (P): y=-x" + m ti€p xic
X+
vGi nhau la
A.m=-3 B.m=-2 C. m=-1] D. mtdyy
113) Gi4 tri m d€ hai dd thj (C): y =x* —2x% +1 va (P): y =2x* + m tiép xic
v6i nhau 1a
A. m=0hodcm=1 ' * B.m=-lhoicm=-3
C. m=zl D. m =13

114) Khi m thay d6i, d6 thj ham s6 y = mx® - 2mx* — (m + 1)x + 2m qua may
di€m c6 dinh?

A. 1 B.2 C.3 D. 4
115) Khi m thay d8i, 48 thi hdm s6 y = x* - mx? + mx +2 qua hai diém c§ dinh
c6 toa d6 1a '
A. (0;2),(1;3) B. (0;2),(-1;1)
C. (2;0),(3;1) + D.(2;0),(1;-1)
2 2 '
116) B3 thi ham 6y =>— 2 X "™ (11 £ 0) luén qua diém c6 dinh khi m
X—m
thay ddi c6 toa do 12
A. (1;0),(2;3)  B. (0;1) C. (1;0),(0;0) D. Mot k&t qua khéc

' 117) D4 thi ham s8'y =mx + (m? -3m +3)x —m? + 2m - 5 (1) qua diém 6 din
khi m thay d&i c6 toa do 12
A. (1;-2) B. (1;-2),(2;3) C.(2;3) D. Motkét qué khc

54



mx + 2

118) Cho ham sy = 5 (1). X4c dinh m d€ d6 thi ham s6 (1) lu6n di qua hai
X +m
diém c8 dinh khi m thay ddi. |
A. m =+l B. m=#0 C. mEtd D. m=#413

119) Tim céc di€ém M trén dudng thing x = 3 sao cho moi d6 thi ctia ham
y = -3mx’ + (2m? —1)x + m* - 5Sm + 2 déu khéng di qua diém M

A.M(3;y) Vi y < -257 B.M(3;y) véiy > —'g
- C.M(3; y)vliy > —2—_6,3- : D.M(3;y)vliy< —2—_612

120) Tap hop di€m udn cla 4 thi ham s8'y = %x:‘ ~mx’? +x-1khim thay d8i
12 dudng cong cé phuong trinh

A y=x"+x-1 - ' B.y=-x-x-1
3 2
C.y=—x"+x+1 D. y=—2x'+x-1
3 , 3.
121) Cho ham s<3’y=ﬂi’3—2 c6 d6 thi (C), (C) c6 tim d6i xiing 1a 1. Tap hdp
X+m-— :

cdc di€ém I khi m thay d6i 12
A. Pudng thingy=x-2.
B. Pudng thingy = —x +2. :
C. Pudng thdng y = x - 2 ngoai trif hai diém (1; - 1) va (3;1).
D. Pudng thing y = —x + 2 ngoai trit hai diém (-1;3) va (3; - 1).

2 —
122) Cho ham s6 (C): y = 2 —2x+l ,dudng thing d: y = x + m. Trong trudng
X

hop d c4t (C) tai hai di€ém phan biét MvaN. Hay tim tdp hgp trung diém I
cla doan MN khi m thay d6i. Mot hoc sinh gidi nhu sau '

Budc1: Phuong trinh hoAnh d6 giao di€m cia (C) va d 1a
- _
2l =x+m<x - (2+m)x+1=0 (%)
X
d ct (C) tai hai diém phan biét < (*) ¢6 hai nghiém phan biét
<A=m’+4m >0 m<—4 hofcm>0

Budc2:

+ Xy,Xy 12 nghiém cida (*¥). :
Xy +Xy _2+m i
Toa d6 trung di€m I cda doan MN: = 27 1 ()
y=Xx+m (2)

+ )=>m=y-x (3)
Thay (3) vao (1) =>y =3x-2
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‘Buwdc 3: Tap hdp cdc diém I 1a cdc di€ém niim wrén dudng y =3x - 2. -
Bai gidi trén diing hay sai? Né&u sai thi sai tiY budc nao ?

A. Budc1 B. Budc2  C. Budc3  D. Baigidi ding
-3 ) : : )
123) Cho ham s6 y =X —2MX*+M *1 |y Ching minh him s6 (1) c6 hai diém
X—m

cyc tri. Tim tap hgp céc di€m cyc ti€u cla dd thi ham s6 (1) khi m thay ddi.
M6t hoc sinh gidi nhu sau
Budc1l: + Tép xdc dinh: D=R\{m}
. x*-2mx +m* -1 g(x)

TR R emy

+ Thay Ag(x)
= g(x) =0 ¢6 hai nghi€m phin bi€tx, , =m 1

= Ham s6 (1) ¢6 hai di€m cuc tri véi moi m
Budc 2 : Bang bi€n thién

m?-m?+1=1>0, Ym

X — m+ | m-1 + o0

y' + 0 - 0 + -

y B A N R S
_..w J—

X=m-1 (2)

y=-2 (3
Budc 3 : Khir m gitta (2) va (3)tacéy = -2

Viy . Tap hop cdc di€m cyc ti€u cla do thi (1) 1a nhu’ng diém

Pi€m cuc ti€u clia hamsd (1)1a S {

nim trén du’dng thing y =-2.
Bai gidi trén ding hay sai? Néu sai thi sai tt budc nao ?

A. Budcl B. Budc2 C. Budc3 p.Giéi ding
124) Cho ham sd (C): y = X +—1—1. S& diém trén (C) ¢6 toa dd nguyén 12
x-—
A. 1. . B. 2. C. 3. D. 4.

125). Cho ham s6 (C): y = iiiv S& diém trén (C) c6 toa do nguyén l1a
‘ o2

A. 1l B.2 C.3 D. 4

126) Gié tri m d€ d6 thi cia ham s y = X -—mx+m m": ™ phan didém I(1; 3) 1am tim
_ X—
dodi xiing |
A. m=-1 B. m=-2 C. m<0 D. m=#0
s X2 - 2X + 1 Y F -
127) Choham s6 y = f(x) = T c6 do thi (C). Ham s6 nao dudi day
— ,

d6i xitng (C) qua diém M(1; 1)
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x% +1 2

A. g(x)= B. g(x)= x|

5
C. g(x):x +1

2

3
128) Gid tri m dé€ dd thi cia ham s6 y = f(x) = % +3x% +2mx + m® — 4 ¢§ it nhit

mot cap di€m doi xing qua gdc toa do

A. -2<m<2 B. m = +2 C.-3<m<3 D.m=43
129) D6 thi hAm s0 y = 2x +11 nhin dudng nio sau diy lAm truc do6i xing
A.y=x-3 B.y=x+2 C.y=—x+3 D.y=-x

, ) ok 2 X +x+2 .
130) Hoanh d0 cap di€m M va N & trén do thi (C): y =————— doi xitng nhau

x oy
qua diém I(0; 18) 1a

]
A.x:iﬁ B.x=_£3— C.xzir—\/—é D. x=+-—
¥, 2 2 2

D. HUGNG DAN GIAI VA PAP AN
1) Chon B
. Tap xdc dinh: D= R
. Pao ham: y'=x* -2x -3
y'=0<x=-1hodcx=3
. Bang bién thién:

+oo

2)Chon A ‘
.Tap xdcdinh: D=R
.Pao ham :y’ =2x(x* -3)
y'=0<:>x=0ho€;1cx:fc\/§
.Béng bi¢n thién:
X -0 - -\/5 0 «,/5 + o0

!

y - 0+ 0-0 +

y R W WP

f
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3)ChonB
- .Tap xdcdinh: D =[0; 2]
.Paoham:y =—=%_ xe(0:2), y=0cx=1
2x — x*
.Bang bién thién :

X
yl
y
4)Chon D
* Nhdclai: Cho f(x)=ax? +bx +c (a=0)
a>0 | a<0
f(x)zO,Vxe{Aso g f(x) <0, VXQ{ASO

. Tap xdc dinh: D=R

.Paohim: y'=3x> -6x+m

.Ham s8 y luén ddng bi€n trén R < y' >0, VxeR
- oA =9-3m<0om23

5)Chon A

. Tap x4c dinh: D=R

.Paoham: y' =3x*> +6x+3=3(x+1)* 20, VxeR
Suy ra: Him s8 y ludn ddng bién trén R |

6)Chon D
. Tap xac dinh: D=(0; 1)U(l; +®)
. Pao ham: y'=—1%):—zfx—l-,y'=0<:’:'lnx=l<:>x=e
. Bing bién thién:
X 0 1 € + 00
y I
7) Chon C '
. Tap xdc dinh: D =R\{2}
.Paohim: y'=- 2<O,VxeD '
(x=2)

Suy ra: Ham s8 y nghich bién trén (—o0; 2) U (2; + ).
8)Chgon A '
. Tép xdc dinh: D=R\{1}
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. Paoham: y'=

<1y >0,VxeD
x._

Suy ra: Ham s6 y dong bién trén D = y ddng bi€n trén (1; 3).

9) Chon D
10) Chon B

. Tap xac dinh: D =(0; +o0)

.Paohim:y'=lnx+1,y' =0 x=¢"

. Lap bdng bi€n thién. Suy ra: Him s6 y dong bién trén (¢”
11) Chon C

. Tap xac dinh: D =R\ {2}

.+ o0).

. Paoham: y' = —2—n;
, (x-2) :
.Yéuciaubiitointacé -2-m<0<m>-2
12) Chon B '

. Tap xdc dinh: D=R

.Paohaim:y' =6x’ -18x +12,y'=0<x =1 hoicx =2

. Bing bié€n thién, ta thdy ham s& dat cuc dai tai x = 1, cuc tiéu tai x = 2.
13) Chon B

Xem lai ki€n thifc cin nhd ndi dung 6 vé& ham y = ax* + bx? +¢ (a # 0) c6 mot cuc
trikhia>0Ovab20

. Tap x4c dinh: D=R\ {2}
2—'
.DPaoham:y'= X 4)2(
. (x-2)

.y' =06 hai nghiém phan biét va y' déi déu khi i qua hai diém d.
Nén ham s ludn c6 hai diém cuyc tri.
15) Chon C

r=f(x) =x? -2x+2
.BEE:) ( 5
y=g(x)=x"-2x|+2
.Ta vé d6thj ham s6 y = f(x) (hinh 1)

y4 yA
2 2
1
1
0 1 >' -1 0 1 x
Hinh1 Hinh2
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. D0 thi ham 56 y = g(x) (hinh 2) gom hai phan
+Phan I: NEux20=f(x) = g(x). Pé thi ham y = g(x) trung v41 do thi
ham s6 'y = f(x) vé6i x = 0.
+ Phin 2 g(- x) =|-x|" —=2|-x|+ 2=|x[" - 2Jx|+ 2 =g(x), xR
Suy ra; Him s0 y = g(x) 12 ham s& ch&n trén R, nén do thi ham s6
~ y =g(x) nhin truc tung lam truc d6i xing (nghia 1a dd thi y = g(x)
d6i xitng d6 thi hAm s6 y = f(x) § phan 1 qua truc tung)
.Nhin dd thi hAm s6 y = g(x) ta thiy c6 hai diém cuc tri (1; 1), (~1; 1).
16) Chon C
17) Chon A
. Tap xdc dinh: D=R
.Paoham: y' =3x’ —2x+m

.Ham s8 ¢6 cyc tri khiy’ =0 ¢6 2 nghiém phan biét ¢ m <%

18) Chon C
. Tap xac dinh: D =R\{0}
x* +1-2m _ g(x)

x? x?

. DPaoham: y' =

. _ TRy ]
. Ham sb ¢6 cuc tr;<:>g(x)=Qco hai nghi¢m phin biét khac 0 <> m >—

19) Chon A
. Tap xdcdinh: D=R

.Pao ham: f'(x) = -3x? —4x + m, f"(x) = -6x — 4

R o8 shine . f'(-1)=0
.Hams6 dachodatcyctiCutaix=-1<q S m=-1
- '(-D>0
20) Chon B
Bu6c2: Didu kién can: |
2
Him s6y = > ML gatcve daitaix =2 = y'(2)=0 (%)
X+m
Budc3: () m’+4m+3=0<m=-1 hoicm=-3
Piéu kién dd :

+ Thaym=-1, m=-3vao (1)
+ LAp béng bién thién, duwa vao bdng chon gi4 tri m thich hgp.
21) Chon C ‘
. T4p x4c dinh: D = R\{0}

. Dao ham: y'=5—-—5-i—
X
y=0ox=¢%1

. Bang bién thién:
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- -] 0
y' + 0 “
\
22) Chgn C
. Tap xac dinh: R
.Paoham: y' =3x’ -12x+9,y'=0< x =1 hofic x =3

. Lap bang bi€&n thién va dya bang thdy ham sb ¢ diém cyc tri A(1; 4), B(3 0).
. Phuong trinh dudng thing AB: ——5_—1 = y__;_ &Sy=-2x+6
23)Chgon A
. Tap x4ac dinh: D=R
. Dao ham: y’ =3[x* + 2(a + b)x +a + b’ ]
. Ham s6 di cho c6 cuc dai va cuc tiéu < y' =0 c6 hai nghiém phén biét
o (@+b) - +b’)>0<ab>0.
24)Chon D
. Tap xéac dinh: D=R
.Paoham: y’ -1 (x? -2x— . m—1)+(2x - 2)(x m) = 3x° =2(m+2)x+m-—-1
. Ta thdy A'= m +m+7>0, Vm = ham s8 dé cho c6 hai diém cyc tri x,, X,

. Theo gid thiét: [x,. x, |=1<

———l—1<:>m—1-—+3

< m=4haym=-2( thda didu kién).
25)Chon A _ '
.Tap xdcdinh: D=R\ {1}

l # . [ . v 2 ’ a . 29* ’
.y =mx +4m + c6 hai di€m cyc tri nam hai phia doi véi-tryc Ox

x-1
. 1
Cmz0vam=——
khi 6 - ©0<m<4
mx’ + 3mx +2m + 1 =0 vonghiém
26) Chon D |
.Tap xdcdinh: D=R
.Pao ham :y’" =3x* + 2mx = x(3x + 2m)
.Ham s6 dacho c6 cuc tri < y' =0 c6 hai nghiém phéin bnet om#0
27)Chon C
. Xem lai ki€n thific cin nhd n6i dung 6, ham y = ax* +bx* +c(a=0)co
o a0 [a<O '
ba diém cuc tri khi- hodc
b<0 - |b>0

.Yéu cAu bai todn thim <0.
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28) Chon C
. Diéu kién ham s6 y =x* - 2mx? ¢6 ba diém cuc tri la m >0
(Xem Kié&h thic cin nhé ndi dung 6 vé ham y =ax* +bx> +c(a=0))
. Toa d6 ba diém cvc tri 1a O(0; 0), A(~vm; —~m?), B(¥m; -m?)
(A va B d8i xitng nhau qua truc tung).
Tinh OA =(-+vm; -m’), OB=(Vm; -m?)
. Yéu cdu bai todntacé6 OA. OB=0< ~m+m* —O<:>m*l
29)Chon B
. Tuong tu cach gidi cau 20 ta tim dudc di€ém cyc tri A(0; -2), B(4; 6).
. Phuong trinh dudng thing AB: (X — X, )(yg = ¥a) = (¥ — Ya)(Xg —X,)
SE-0)6+2)=(y+2)4-0)=>y=2x-2
.y=2x-2c6dangy=ax+bvbia=2,b=-2=a+b=0.
30)Chon D
. Goi A(x,; —2x, -m), B(x,; —2x, —m) la di€ém cyc dai va cuc tiéu
(ngudc lat)
AB =(x, =X, ) +(y, -y,)" =5(x, -, )"
=5[(x, +X,)” —4x,X,]=5(4 +4m) (v6ix, +X, =2, X,X, =—m)
.AB=10 < AB? =100 < 5(4 +4m) = 100 < m = 4 ( thda man m > ~1).
31)Chon A
. Tap xdc dinh :-D=R
. Pao ham: y' =4x’ —12x* + 8x =x(4x* -12x + 8)
y'=0&x=0hodcx=1hodcx =2
. Bang bién thién

X -0 1 2 + 0
Y I - 0 + 0 - 0 +
, 7
_+00 Z 7 + o0
. 4 4
32) ChonB

. Tap xdc dinh: D =(0; 3] ;
.Pao ham: y':l-+@-l-2->'0, vxeD -
X

. Béng bién thién
‘ X
y
%
|

.Dua vao bang bién thién thdy : maxy = % khi x = 3.
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33)Chgon A
. Tap xdc dinh : D =[-4; 4}
. Paoham:y =3x> -6x-9,y'=0<> x = -l hodicx =3
. Bang bi€n thién

X 3 4

y' - 0 +

y / 15
-Dua vao bang blen lhle hay Maxy = 40 kh1 x=-1,

34)ChonB
. Tap xdc dinh: D=[-1; 1]

2 ' )
. Paohim: y' =- <0, Vxe D=y nghichbiéntrén[-1; 1
. Viy: Maxy=y(-1)=

35)ChonC
. Tap xdc dinh: D =(-2; 4]
. Paoham: y'= =~ >0, Vx e D=y dong bi€n trén (-2; 4]
(x+2)
. Viy: Maxy=y(4)= % -
36) Chon A

Ham s0 y viét laiy-sin X — (1 - 2sin®x) + sinx + 2
hay y =sin’x+ 2sin’x +sinx +1
Pitt=sinx,te(-1; 1). Tacé: y=t* + 20 +t+1,y =3t* +4t +1

. Tudng tr cich gidi cdu 33, ta tim dugc min y = w2

| e(-Ln 27
37)Chgn A
. Tdp xdc dinh: D ={0; 4)

. Pao ham: y'=—l+i2,y'=0<:> x=1leD
X

. Lap bang bién thién va dia vao bang ta dudc: Maxy = 2006 tai x =1-
38) ChonC

'

” In’x .. n 3
+.Hamsd y=——DNhén tuc trén [1; €]
X

2Inx —In? x

.Paohim:y’'= - lnx=0®[x=1
X

Inx =2 X =¢’
’ WP 2 4 3 9
. Tinh gid trj y(1) =0, y(e*) =—, y(e’) ==
€ €
A 2 2 In’x _, 4
- Vay: GTLN, GTNN cua ham s6 y =—— lan lugt1a —, 0.
X e

g ’=O<:>|:
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39) Chon A. Vilimy =+ va limy = —w0 =X = l ti€m can dung.

x—1F x>l

4
34~ 3 3
40) Chon A. Vilimy = lim g =5:>'ti€:m cin ngangy:i-

41) Chon A (tudng ty cich giai céu 39)
42)ChenB . Vi limy=-—o0va limy =+ = x =0 tiém cin ding.

x>0t x—0"

. Vi lim [—lJ:O =y=2x+1 12 t€m cén xié€n.
X .

X—>to
43) Chon D
44) ChonD. Bang bién thiénclia hAimsd y = 1 l 1a:
: X+

X —® -1 . + 0

y > » 0
45) ChonC
46) ChonC

. Gidi phuong trinh x> —3x+2=0<x =1 hodc x =2

.Th€x=1vax=2viomx’-2=0=m :_,Il;m:l

4 ‘
—— : lm=2
.Pé th1 ham soy———— c¢6 hai ti€ém can ditng khi s 1
x2 <3x+2 ' m = —
W 2_ : -
AN ChgnA', g =3Ktmtl g4 O
_ x -1 x -1

. D4 thi ham s8 da cho khong c6 ti€m cin xién khi m =0.
48) Chon B

Tiém cin xién cia ham s0y=f(x)=x>~x cédangy =ax+b

F_

.Vé‘xa—hm—-——l 2:l
X —»C x X% X —x x
. le b=Ilim[f(x)-ax]= llm[\]x -X —X]
3 3
= lim X : KX =lim

X—x {/(x X)Z + x%/x3 o S x2 X%

Vay: Tiém can xién la y =x.
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49) Chon D

x> —mx + 2 3-m
=—————=X+l-m+
X —1 x—1

.y (m#3)

. D6 thi ham s6 c6 tiém can xiénd: y=x+1-m [vi lim(3_nlq]:0]
x.__

XL

. 000;0)ed=>m=1.
50) Chon D
.Tiémcinxiénd: y=x+m +1
. d cdt hai truc toa d6 tai hai diém A(-m-1;0), B(O; m+1)

.SAOM;:8<:>%(m+1)2 =8<;>m+1=i4<:3m=3 hodcm=-5

51) Chon A

2 _ 2 _

D6 thi ham s6y =2~ XM oy s oam -3+ 2022 4 sne 6
X-—m X—m

tiém can xién khi 2m* -2m=0< m=0hoicm =1.

§2) Chon B . Tép xac dinh: D=R

.Paohim:y' =3x-3;y"=6x,y" =0 x =0
. Ta thay y” d6i dau khi di€ém 0 = I(0; 2) 12 di€ém uébn.
53) Chon A

Xem lai ki€n thifc cdn nhéndi dung 6, ham y = ax* +bx? +c(a#0)

x o e ...|a>0 a<0
khong ¢6 di€m udn khi hoic
b=>0 b<0
54) Chon C o
. Xem lai ki€n thitc ¢An nhé ndi dung 6, y =ax* + bx® + ¢ (a #0) c6 hai

diém udn khi {a >0 4 o {a <0

b<0, b>0
.Yéucidubaitodntacé: —-(m-1)<0<m>1
55) Chon D
56) Chon A (tudng ty cdch gidi ciu 53)
57) Chon B /

. Tap xdc dinh: D=R
.Paohim: y' =3ax?+2bx +1, y"=6ax+2b
| y'(2)=0
.1(2; -6) 1a diém udn khi { y(2)=-6
y" d6i ddu khi x qua diém x,, =2

a=-— s
o 43 (théadé):>ab=——3—
b=-2 8

12a+2b=0
8a+4b-2=-6

2
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58) Chon cau A (tuong ty cich gidi cdu 53)
59) Chon D . Nhin thay f(x) = x(x* + 6x - m?) = d6 thi y = f(x) ludn ct truc hoanh
60) Chon A ]
Trong bdn ham s6 di cho, chicé déthiy = x* - 1di qua diém (1;0) va (-1;-2).
61) ChonC
P4 thi ham s6y=m-+—csz+q+ !
ex+f ex+f
c6di€ém ubn ( Xem lai ki€n thitc cAn nhéndi dung 6).
62) Chon B 63) ChonC 64)ChonA  65)ChonB
66)ChognC 67)ChonA  68)ChonD  69)ChonB

(ae#0,r20)khdng

70) ChonC. Chicéddthihamsd y = -;—x" ~Tx? + 2— di qua di€ém (O; %)
71) Chon A
Trong bon ham s6 da cho'déu c6tiém cin dﬁ’ng %= -—%, ti€ém cdn ngang

X di qua diém (0;0).

y :“l--NhU’ng chic6dbthihamsd y =
2 2% +1

72) Chon D

Trong b&n ham s§ di cho déu c6tiém cin didng x = —;— tiém cin ngang

y= % Chi c6dd thi hAm s§ y = ;H 2] 1a di qua di€m (0; - 2), (-2, 0).
x i
73) Chon A
Trong b&n ham s§ di cho du ¢6 tiém cén ding x = 0, tiém cin xién
2 ‘ :
y=x.Chic6ddthi hAms§ y = Hed. di qua diém (1;2),(~1;-2).
74) Chon B
Trong bén ham s§ da cho déu c6tiém cén ding x =-2. Nhung chi c6 ham
o 2 — —
y= 3 zx-d =—x—l+—l——la c6ti€m cdn xi€ny =—-x - 1.
X+2 O X+2
75) Chon C .

'B&n ham s di cho déu c6tiém can ditng x =1, tiém c4n xiény = -x + 3.
Chic6ddthihAms6y =-x+3 - —-l——l- di qua diém (0; 4).

x —
76) Chon A

C4ch1:Chi c6 dd thi ham s8'y =|x|’ — 6x|" +9|x| qua diém (1; 4), (~1; 4).
C4ch 2: Xem lai cdch gidi cdu 15. .
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77) Chon C
Chch1: Bac {z;g:; R
f(x) néu f(x) =0
—f(x)néu f(x) <0
. Do thi ham s6 y = g(x) (hinh 2) gdm hai phdn:
+ Phan | : Tring vé6i dd thi him s& y = f(x) khi f(x) > 0 ( xem lai hinh 1)
+ Phén 2 : D0i xing qua truc hoanh vdi dd thi ham sd y = f(x) khi f(x) < 0.
CAch2: Chico dd thihamssy =[x’ + I ~2] di qua diém (0; 2).
78) Chon B
.Ta vé a3 thi haim s8' y :|x3 +3x2 —2| (hinh 2 cau 77)

.Ta ¢6: g(x) =|f(x)| :{

. Pudng thing d : y = m cling phudng v6i truc hoanh va cit déthi ham
s8'y =|x* +3x -2 tai 6 diém phan biét khi 0 <m <2.
79) Chon A (tudng tu cdch gidi cdu 77)
80)Chon C

X+2 |x|+2
.B :f = et = =
ay=1x) 2x -1 y=gx) 2|x|—1

. Ta v& d3 thi ham s6'y = f(x) ( hinh 1)

. D4 thi hiam s6 y = g(x) ( hinh 2) gbm hai phan:

+ Phén 1: Néu x 2 0 = f(x) = g(x), Vx # :’lz- D&thi ham s8 y = g(x) tring
v8i d6 thi hAm s8 y = f(x) véi x thubc tip x4c dinh clia ham s6

-x]+2 |x|'+ 2

2d-x[-1 21

+Phdn2:Tacé:g(-x) = = g(x), V[x| = %

Dod6: Hims6 y = g(x) 12 hAm s6 chin trén D = R\{i %} va d6 thi |

him s6 y = g(x) nhdn truc iung 1am truc d&i xing ( tdc 1a d6 thi y = g(x)
d6i xitng dbthi ham s6 y = f(.x) 8 phén 1 qua truc tung). }
-81)ChonB. Chic6do thi cdu B la qua di€m (+2;0)
82) Chon D (tuong ty cdch gidi cdu 59)
83)ChonB |
LGoi (C):y=x>-2x"+x-1va d:y=1-2x
. Phuong trinh hoanh d6 giao di€m cida d va (C) 1a
1-2x=x>-2x"+x-lox-1Dx*-x+2)=0=x=1.
= d c4t (C) tai mo6t diém'c6 hoanh do x =1.
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$4) Chon A

Xem lai ki€n thitc cin nhd ndi dung 6, R
ham y=ax’ +bx’ +cx +d (a 2 0)

c6 a>0vay =0 co hai nghiém phian
biét thi dang d6 thi him s& trén la: / \ /

y=m

x\L’

=

Yéu cdu bai todn y(x,) =0 < m < y(X,) =4.(X,, X, 14n lugt 12 hoanh do
cuc tiéu va cuc dai )

85)ChonD
: : 7x+6
.Goi(H):y = - vadiy=x+2
by s A . -4 ] “ N 7X+ 6
. Phuong trinh hoanh d¢ giao di€ém cua d va (H) la =x+2
o xP-7x-10=0(*
. Hoanh d6 giao diém M, N cda d va (H) 13 nghiém cda (*)
. Hoanh d9 trung diém cda doan MN 1a x, = Im F AN _ ——21 =%-

86) Chon C

. Piém uén clia dudng congy =x> -3x 1a O(O 0)

. Phuong trinh dudng thdng d qua diém ubn va c6 hé s géc m: y = mx

. Phudng trinh hoanh d6 glao di€m cda d va dudng cong (C) dd cho 1A
x’ = 3x =mx hay x(x? =3-m)= 0

. D& d ¢4t (C) tai ba diém phan biét < x*-3-m=0c¢6 hal nghiém

phin bi€tkhic0 =3+m>0=m>-3.

87) Chon A
. Phuong trinh hoanh do giao diém ciia dudng cong (C) di cho vdn truc -
hoanh la (x - 1)(x +x+m)=0

g(x)
. D€ (C) cdt truc hoanh tai ba di€ém phan biét < g(x) =0 c6 hai nghiém

1
i wafas g A=1-4m >0 m<—
phanb1¢tkhac1<:>{12+l+m¢0 <:>{ 4

m# -2
88) Chon D _
; 2 L]
Hams6y=MtE=px+q+ (ae#0,r20)céa.e >0va
ex+f ex +f ,

y' =0 c6 hai nghiém phan biét thi dang cia ham s8 trén 1
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\_
P ‘ Yéu cau baitodn m <y(x,) =3
d \ hoic m>y(x,)=7. (x,,x, lan
lugt a hoanh d6 cue dai va cuc ti€u )
89) Chgon A
Cdch1: Tudng te cdch giai ciu 88
Cdch2:
.Goi1(H):y= 2x +4 va d:y=m-2x
Xx+1
. T . . 2x+4
. Phuong trinh hoanh d§ giao di€ém cua d va (H) 1a 1 =m — 2X
X +

Sgx)=2x" +@-mx+4-m=0(xz~1) (%)
. d cit (H) hai diém phin biét < (*) ¢6 hai nghiém phan biét khiac -1
A=m’-16>0
e {g( ~1)=2%0
90) Chon A
. Phuong trinh hoanh d(f) giao di€ém clia dudng cong (L.. cho véi truc
hoanhla g(x)= mx’+x+m=0(*)(v8im=0)
. D& (C) cit Ox tai hai diém phén blet c6 hoanh d§ dudng khi (*) c6 hai
=1-4m’ >0

& |m|>4-

1 |

nghiém phén biét duong khdc 1< {> =—_-n; >0 om e(—-—l-; 0]
P=1>0 2

g(1)=2m+1=0

91) Chon B

2
. Phuong trinh hoinh d9 giao diém ctia d va (C) Ia ijﬁil;t?’. =kx +2
X+

S-Kx*+(1-Kx+1=0(x=-1) (%
.Néuk =1: (*) v6 nghiém = d va (C) khéng c6 diém chung.
.Néuk=#1:dva(C)cé dié"m chung<::>A=k2 +2k—320<:>[§§;3
K&t hop didu kién ta dugc k € (—o;=3]U(l: +o0).
92) ChQn B
C4ch1:Cho him s6 y = f(x) xdc dinh trén mién D (D R ).
. Ta n6i:S6 k dudc goi la GTNN cia hamsdy= f(x) lren D néu hai diéu
f(x) k,VxeD

X, € Dif(x,) =k - Theo dé bai di cho ta chon cdu B..

sau dugc théa méan
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Cédch2:

.Goird:y=2x+mva(H):y= x+:
x —
. Phuong trinh hoanh d6 giao di€m cda d va (H) 1a X +: =2X+m
x —_

<:>2x2+(m—3)x~(1+m)=0(x¢l)(*)
. Ta thiy A= (m+1) +16 >0, Vm = d cdt (H) hai diém phén biét A, B
ABZ-(xB—x ) +(yg ~ yA) —(xB—xA) +[2xg5 + m - (2x,,_+m)]

=5(x8—xA) =5[(xA+xB) -4x,Xg]= 5{[“12 3) +4[m;1J

=%[(m+l)2 +16]2%-16.—_20
Ping thitc x4y ra khi m = -1. Viy: MinAB =25 © m = -1
93) Chon C

X2 +mx -1

x-1. -
5 A
. Phudng trinh hoanh d6 giao diém clia d va (C) 1a L".__@li__l =m
x p—

.Goid:y=mva(C):y=

oxP=l-mx=1)
. d cdt (C) tai hai diém phén biét A, B c6 hoanh d0 x,, x, khi (*) ¢ hai

nghi€m phén biét x|, x, khic 1 & m <i) (**)
() x,=tJl-m
3 ‘
0ALOBBo2 B je- T - jom’+m-1=0
X1 Xy —(1-m) |
-1+

<>m= ];Jg(théa diéu ki&n (**))
94) Chon C
95) Chon A

Chd y : N&u dé cho nhiéu dudng thing di qua diém udn thi ta phai sir
dung cong thitc y -y, = f'(x;)(x - x,).
96) Chon B

Toa do giao dlem cda (C) véi Oy 1a M(0; 1)
—f(x) 3x% +6X +3
Phu‘dng trinh ti€p tuyén vdi (C) tai M lay-yy, =f'xy)x-xy)

<:¢y-~l Ixeoy=3x+l1
Chd y : Gidi tuong ty cau 95 khi dé cho nhiéu dudng di qua di€ém M.

97) Chqn';C ( tudng tv cdch gidi cdu 96)
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98) Chon D
.Toa do giao di€ém cia (C) vdi truc hoanh 1a A(1; 0), B(3; 0)

—x? +4x -5
(x —2)°

. Phuong trinh ti€p tuyén véi (C)ai Alay-y, = f(xA X —X,)
oy-0= —2(x—l)<::>y =-2(x-1)

. Phuong trinh ti€p tuyén véi (C) tai Bla y —y, = f'(xg)(x —xg) ~
Sy-0=-2(x-3) & y=-2(x-3).

99) Chon A
. Diém cuc dai ctia ham s6 y =x* —2x* +11a M(0;1)
. Phuong trinh tiép tuyén véi (C)tai MIa y —y = f(xy )(x —xp)
Sy-1=0xoy=1 '
100) Chon D
. Phuong trinh dudng d di qua A(2; 0) va c¢6 hé sO géck: y =k(x —2)
.d ti&p xiic v6i (C): y =—x* +4x* khi va chi khi hé sau ¢6 nghiém -
—x* +4x® =k(x -2) (1)
—4x* +8x =k (2)
.Thé& (2) vao (1) ta dudc: 3x* —8x* —4x> +16x =0
& x(x-2)*3x+4)=0(3)
. Phudng trinh (3) c6 ba nghiém phan-biét => c¢6 ba duong thing di qua
diém A(2; 0) va ti€p xic dd thi (C).
161) Chgn A
. D4 thi cia ham s§ y = x’ —mx® - 4x + 4m ti€p xiic v8i truc hoanh
X —mx® -4x+4m =0
3x? —2mx -4=0
(x* —4)x-m)=0 (1)
a2
- 3x ~-2mx-4=0 (2)
(D x=mhoicx=12
.Th€ x =m vao (2) ta dudc: m = +2
.Thé x =2 vdo (2) ta dugc: m =2

.Th€x=-2vao (2)ta duge: m = -2
. Viy: m = 2.

102) Chon D
+ Trong 4 k&t qua di cho chi c6 két qué cdu D 12 c6é céc dlrbng thing @i
qua di€m A(3:2)
+ N&u dé cho nhiéu két qua c6 cdc dudng mﬁng di qua di€m A(3;2) thi
ta-gidi twong ty'nhu céu 100.
103) Chon A ( tuong tu-cdch gidi cdu100)

: - fl(x) -

c6 nghiém

cé nghi€m
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104) Chon C
. Viti€p tuyé€n vudng géc véid:y = gx nén hésd géck =-3

. Hoanh d ti€p di€m x, 1a nghiém ctia phudng trinh f'(x,) = -3

2 - X, =0=y,=6
——~—~—-x°+2x°23=—3<:>4x(2)+8x0:0<:> ’ 0
. Viy:Cécdi€m cin tim 12 (0;6),(-2; - 4).
105) Chon A

.Nhdclai:Chod,:y=ax+b,d,:y=a'x+b".
Tacé:d, Ld, =aa'=-1 7
Céc kétqua A, B, C,Dchicé két qua y =-9x -8, y = -9x + 24 1a diing
vi (—9).—;— = -1 (*). N&u dé cho nhiéu két qua ma thda (*) thi ta phai gidi
Cédch1: | |
: Phu’dng trinh ti€p tuyén A L d: y = —;—x +2> Ay = -9X +m
. Gidi tuong tuv cdu 100 ta tim dudc m =-8, m =24
.Viy: C6 hai ti€p tuyén la y =-9x +24, y = -9x - 8.
Cé4ch2: | .
.Gidi tvong ty ciu 104 ta tim dudc hai ti€p diém A(-1; 1), B(3; -3)
.Strdung cong thic y -y, =f(x, }(x-Xx,), y-¥g =Xz )x = Xp).
106) Chon B ‘

. Goi M(1; m) thudcd: x =1
. Phuong trinh dudng thing A qua M c6 hé s6 géck: y =k(x—1)+m
. Xem lai Ki&n thitc cin nhd n6i dung 7: Su twong giao va sy tiép xiic

hai dudng cong ta tim dudc phudng trinh: |

k? +2(1-m)k +m’ +6m+1=0

il _
. T M ké dugc hai ti€p tuyén vudng géc <> {k, k,=m* +6m+1=-1

A'=-8m >0
<:>m:~—3i\/7
. Viy: Cédc diém cdntim 1a (1; =3-7); (1; =3++/7).

107) Chon D

.Nhdclai:Chod,:y=ax+b,d,;y=ax+b'.
Tacé:d,//d, <>a=a"vab=b'(*)

Két qua A, B, C, D chi ¢6 két qui y =4x —%? Yy =4x + 163— théa man (*).

Né&u dé cho nhiéu k&t qui ma thda (*) thi ta phéi giai

Cédch1: - } o .
.Phuong trinh ti€p tuy€n A//d: y=4x+2=> A1 y=4x+b (b#2)
. Gidi twong ty cau 100 ta im du’dcbz—%é-., b=—76-3_ |
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’ s 73
. Vay: C6 hai ti€p tuy€n la y =4x _%Q vay =4x + i

Céch 2 : , |

. Phuong trinh ti€p tuyén A//d: y =4x + 2 = '(x,) = 4 ( x, 1a ti€p diém )
. . cia sd 2 .- ]

. Giai tudng e cdu 104 ta tim dudgc hai ti€p diém A(Z; - 5] B(—?a; EJ

.St dung cong thitc y -y, =f(x, )X =X,), ¥y = y5 = {(X5)(x —Xp).
108) Chon C ( tuong ty cdch gidi cdu 107)

109) Chon A
2 T—
.Paohim: y'= ax 4ax;2b (x#2)
(x—2)
. Theo gié thiét: |
y'(0)=-3 5.3 . [b=-tb
5 {2 = 3
A—I;E © a+b 5 a=-~2-
-3 2
110) ChonD 111) Chon D 112) Chon C
113) Chon B

. Xem lai kién thitc cAn nhd ndi dung 7
. Tuong ty cdch gidi cau 101.
114) Chon C
+Hamsd y = mx> —2mx? —(m + 1)x + 2m c6 thé viét lai thinh
(x> -2x? —=x+2)m—(y +x) =0.
x> —2x2—x+2=0

+ Toa dd di€m c& dinh ( néu c6 ) phai théa
y+x=0

- 2 _ o =72 hod =2}
Q{(x 2)(x* - 1) O@{X odc X
y=-X

y=-x
+ Vay : B4 thi di cho di qua ba diém ¢& dinh (2: -2),(1;-1),(-1;1)
115) Chon A ( tudng ty cdch gidi ciu 114)
116) Chon B 117) Chon A 118 ChonC

119)Chon D

. DAt M(3;y)
. Vi M khong & trén moi db thi nén 7m* —32m -1 -y =0 v6 nghiém

<:>A'=256+7(1'+y)<0c>y<--g$ (m 4n s8)

.Vay: M(3;y), y< —2%3‘
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120) Chon D
. Tap xdcdinh: D=R
.Paoham: y'=x*> -2mx+1,y"=2x-2m. Tac6 y" =0 x =m
| X =m (1)

A .2 ~
. Toa d§ di€m udn | y=%x3—mx2+x—l 2y

Khitmgitta(1)va (2)=>y= —%x3 +x —11a phuong trinh cin tim.

121) Chon D . P& (C) c6 tim dbi xing khi va chikhim# -1 vam=#3

: . Toa d6 tim d6i x1rng I(2 - m; m)
. Tap hdp cdc diém cla I khi m thay d8i 1a mot phan du’Bng thing
y =—X + 2 trif hai dlcm( I; 3) va(3; -1).
122) Chon C

Thi&u budc gidi han tip hgp diém I

.Gidihan: + m<4=2x-2<4=>x<-1
o+ m>0=2X-2>0=>x>1

. Viy: Tap hdp cdc diém I khi m thay d6i Ia mot phin dudng thing

y=3x-2(x<-lhodcx>1)

123)ChonB

Budc 2 : Bing bién thién
X —®© m-1 m m+1 + 00
y # & = - 0 +
' —.2 -+ Q g + 00
— oD — 0 2
Piém cyc ti€u ciia hAm s (1) 1a. S = _ f,zn +1 (é))

Budc 3: Khir m gitta (2) va (3)tacéy=2 :
Vay : Tap hop cdc di€m cuc ti€u ciia 44 thi (1) 12 nhitng diém niim trén
dudng thing y =2.
124) ChonB . M(x y)e(C)<:>y X + ==
. X, yeZc:>x ~-1= :tlcsze{ 0; 1.
. Vdy : S8 diém trén (C) c6 toa d6 nguyén 13 2
125) Choncfu D \
' x—1+2 2

Mx;y)e(@©ey= —=1+

x-1
2 3t s X—l'—'—-" l V i %
.X,yEZ@;—":EGZC)l:x_l_‘z_}_ZQX { 1,0,2,3}

. Viy : S8 di€m trén (C) c6 toa:dd nguyén 1A 4
126) Chon A
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127) Chon C . Liy A(x; y) € (C), goi A'(x,; y,)la diém dé6i x@¥ng A qua M(1; 1)
Ta c6: {x, +x:2:>{x=2——x, (1)

yi+y=2 "{y=2-y, 2
e . . x? —~2x +1 : 1
.The€ (1) va (2) vao y =————— tadudc:2 -y, = —— + 2 - X
X—2 X,
2 1+x° |

1
=X = i X1 Viay:g(x) =
X
128) Chon A . Gia sif trén dd thi da cho c6 hai diém d6i xing nhau qua goc toa do Ia:
M(Xy; ¥o)» N(=X,: —¥,). Taco: f(xy) =1(-x,)

3 3
©%+3x8+2mx0+m2 —4+(—%+3x(, 2mx, + m’ —»4}20

& 6x5 =8-2m?. Theo yéu cdu bai todn =8 —2m* >0 <> |m| < 2.
129) Chon C

+ Giao di€m I clia hai tiém cén du’ng va tiém cin ngang 13 di€ém I( 1; 2)
+ K&t qua cdu A, B, C, D chi c6 két qua ciu C thi dudng thing 1a di qua
di€m I(1; 2)

. N&u c6 nhiéu két qua di qua diém I(1; 2) ta c6 thé vé& hinh
« Néu dé chodang ty luédn : chimg minh (D) :y = -x + 31a tryc ddi )‘ng cua (H):

2x +1

y= . Ta gidi nhu sau

x ——
-D)Lld=>d:y=x+m Bt D
- Phuong trinh hoanh d6 giao diém cla d va (H): 2
x - )
& xP-GB-mx-(1+m)=0(*)
ViA=(m-1?%+12>0, Vm =d ludn cit (H) tai hai diém phin biétM va N
Ly rx0=222
- Toa do trung diém I ciia MN: {X1 =5 (Xu TXy) == |
y; =X, +m (2)

T ()= m=3-2x, (3) |
- Th€ (3) vao )=y, =—x, +3 =1 (D)= dpcm.

130) Chon A .Ta cé: (C):y=x+2+-—~£}-~I
x_

.Goi A(x;¥,), B(X,;¥,) 12 hai diém nim trén (C)
xt +XZ =2x| =O (1)
y, +y, =2y, =36 (2)

2Q)=>4+4 X+ X, —2 =364 - 8 -
(%, =1)(x, 1) (x, ~1)(=x, =1)
Js

< ,8 1 =32 ox} =Z—. Viy: Hoanh d6 cip di€m cin tim i—z—- ,
Xj —

.Theo gia thiét: {
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) Chuong I1 )
HAM SO LUY THUA, HAM SO MU
VA HAM SO LOGARIT

A. KIEN THUC CAN NHG
1. LOY THUA VA CAN

a) Ly thua
Somia Liy thiraa® (vdialacdsd)
a=neN’ a®=a"=a.a.a...a.a (aeR)
nthita s6 a
a=0 a®=a’=1(a=0)
. a_-n_ L
a=-neN a" =a =—a—n—(a¢0)
m . m
a::(nEN ,mEZ) au:an :n’am (a>0)
a=lim® (r,eQneN") a® =lima"™ (a>0)
b) Can bacn '
Dinh nghiu :
Vdi n nguyén duong, cin bdc n ciia s6 thyc a 1a sob(neu co) sao cho
b" =a.
Chi y:

- Moi s6 a déu ¢6 mot va chi modt cén bac 1é n
- 6 4am khong ¢6 cin bic chin.
- V@i n nguyén duong chin va a >0 déu ¢6 ding hai cdn bic.ncliaa
12 hai s6 d8i nhau (cin duong, can am Iin luot ki hidu 1a Ya, -%a )

c) Tinh chit cta liy thira
+ Choa>0,b>0. Ta cé:

" \& au
. a% af =P ; . ( ] =—
b

.« @) =a"® ‘
. (a. b)“-——a“ b® f
+N&ua>1thia®>a® @ a>p

+NéuO<a<lthia®>af < a<p
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2. LOGARIT
a) Pinh nghia
+Vdi0<a=lvab>0.Tadinhnghia:log.b=a<a"=b
lgbh=0<10"=b ; Inb=aoe"=b
b) Tinh chat cda légarit
Gia st cdc cong thitc dudi day déu cé nghia
+ log,1=0 ; loga=1; a™"=b
+ log,(M.N)=log,M +log,N ; log, (%J =log,M —log,N

+ log,b® =alog,b; log,a® =a
+ Cbng thifc 461 cg 6 :

log.b
log,b= L hay log.a. log,b=log b
log_a
Dic biét : log,b = ; log ub:-l—logab ; log Q‘bB =Elogab.
log,a a a a a
+ Khia>1 thi log,b>log,c=b>c>0
KhiO<a<] thi log,b>log,c<>0<b<c
3. HAM SO MU y=a* (0<a #1) |
Trudng hgp a >1 Trudng hgp O<a<1
+y'=a*lna>0,¥xeR +y'=a"_lna<0,VxeR
+ Ham s6 ddng bién trén R + Ham s6 nghich bién trén R
+lima* =+4w, lima* =0 +lima* =0, lima* = +w0
+ B4ng bién thién + Bdng bi€n thién
X | — Q0 + o0 X | -0 + o0
+ o0 + 0
+ D0 thi c6 dang + D6 thi c6 dang
YA » YA
///’ ’\
0 % 0 %
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4. HAM SO LOGARIT y=log,x(0<a#1,x>0)

Trudng hgp a > 1

Trudng hgp O<a<l

+ y'=—1—>0, vx € (0; + »)
' xln’a . .
+ Ham s6 dong bién trén (0; + )
+ lim y =+, limy =-o0

X —» £ x—=0"

+ Bang bié€n thién
X [ 0

+ 00
—
— 00
-i_-D(‘B thi c6 dang

yA

+y'= <0, Vx € (0; +0)

xlna )
+ Ham s6 nghich bi€n trén (0; +x)
+limy =—c0, limy =+

X=3+0 x—0"

+ Bdng bi€n thién
X | 0

+ 00

L S,

— 00

+ D6 thi ¢6 dang

5. HAM SO LOY THUA y =x°
+ Tép xé4c dmh D=(0; +o) .

. Ham s8 ¢6 tp x4c dinh 12 R khi @ nguyén duong.

. Ham s8 c6 tip xdc dinh 1AR" khia nguyén 4m hodca=0.
+Ham s6 y = x” dong bi€n trén (0; +o0) khi a >0
+Ham s6 y =x* nghich bié€n trén (0; + o) khi a <0
+ P4 thi ctia hAm s8 y = x® ludn lubn di qua diém (1; 1).

6. GIOI HAN CAN NHG

. e -1
lim
x () X

=1; lim

x—() X

In(1+ x)

=1.

7. CAC CONG THUC PAO HAM CAN NHO
Gid s cdc cong thifc sau diy déu c6 nghia va u=u(x) c6 dao ham

(XY =a.x"" (a20,x>0)

1
(k)=
nn/xn—l

. (ex)tzex
. (a*)Y =a"lna
l ]
. ’:— : l = —_
(Inx) o (nlxl) s

T
+ (log,x)'= xlna’ (log, lxl) xIna

. (") =a.uu®’
1

@y =—5

[

. (") =v'e

. (@")=u".a".lna

‘ (lnu)'z—u-: ; (lnlul)
u

(loga |u|) =—

~=

. (log,u)) =—— 4
ulna’ ulna
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8. PHUGNG TRINH, BAT PHUGNG TRINH MU VA LOGARIT

Trudng hop Joics

4 al'(x) =™ — f(x)= g2(x)

O<axl lon f(x) > 0 (hogc g(x) > 0)
+ log, f(x) = log,g(x) {f(x) - g(x)
+a™ > a2t o f(x) > g(x)

a>l : | 18(x)>0

+ log, f(x) > log,g(x) = {f(x) > g(x)
N al.(x) o ag(x) Py f(X) <g(X)'

0<acl f(x)>0
+ log, f(x) > log,g(x) < {f(x) <g(x)

B. BAI TAP CAN BAN
81. LOY THUA V61 SO MU HUU Ti

Bai 1. Pon gian biéu thic

a) A=38a% —va? (véia<0) b)B=ya* —Va? —3¥a* (via<0)

¢)C=1 \RIZyG —({/xzy )5

Giai
a) A = {(2a)’ u\/a—2=23—|a|=2a+a=3a
b) B=|a|-|a|-3|a|=-a+a+3a=3a
0 C=4feey)* —xy =[x’y -x’y
+ Neuy>0thiC=x"y-x’y=0
+ N&uy <0thi C=-x’y —x’y =-2x%y

Bai 2. Pon gidn bidu thitc A = ( _a+d )[ 1 +1J

TR G

Giai

( | a’+4 }(a —-a 2+2]
a+~[— a +\/_
-_ a’-aV2+2-a’-4 a —a\/i+2 —\/E(a+\/-2_).__l_ J2

(a+\/_)(a —a\/i+2) 2a Stk 22 2a
Bai 3. Cho x # 1 va x > 0. Ching minh |

1 1 X“+1 1
A= + ~ 1+— | kh6ng phu thudc vao x.
L(H\f{) 2(1-vx) 1—x2}( x) &P -
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|1=dxaiadx x4 ‘(x+1]_ I x*+1 _(x+1\
2(1-x) 1-x* Lx l1-x 1-x? xJ

1+x 4 —1 x+1 x(1-x) x+l=l.Suyra:dpcm.
1-x X (i—x)(l+x) X
Bai 4. Tinh gi4 tri cia cdc biéu thic
-2, 10 1 0,75
a) A= = S +3 2 b)B:64'3+(%) -81%?
1 W 3
—1 =3(=3)"+{ =
[5) 2(3)
Giai
\ 10 10
ot 9 _9_5
a)A=— = =
o-3 L 4 g4 MW
(-3) 9 9

i

! 2
b) B=(4)* +(47)" " —(9")"*=4+47 -9=4+8-9=3,

Bai 5. Khif cin § miu thic

| _ 1
a)A:\E#\/Z b)B:ﬁ+J§+ﬁ
| Giai
A N f V2 _ (A -V2)ahe? +2v16 +2%)
W4 +v2)Na-2) V162 vie' -2’
_ A -VD)A162 + 116 +2%) _ (4 - v2)(/256 + 2416 + 4)
16-8 8
— V2 +45-47 V2 +45 -7

N2+ ADN2+ 5 A (2 a5y AT
_ V2457 V244547 V02 ++5-47)

C2+5+2d10-7 210 20
Bai 6. Bién ddi thanh dang liiy thita v8i s6 mil hitu ti
a)Va’a (véia>0) b)4/b°.4/b (v6i b >0)
Giai
\ A 29 \3 29
a) ia "ia “\/a _at —\/37 \/ 4 -(a‘*) =al?,

15+4 19

5,1
b)\/f)?ﬂf— b“ b6 §€ —b ¥ =h2,
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§2. LOY THUA VGOI SO MU THUC

/6
’5 AIEY 2.5
Bai 7. Hiy so sdnh a)[L—J va l [))3“m vi (lJ
7 3
el l 1989
6 /73
c)[gj va (121] d) [%} va 2719
Giai
76 6
5 5
d)Vi()>——~£ vaO<— <1:>( ] ? (5] =1
2 7 7 7

b) Vi /11 >2, 5va0<3<1:>3f=(i]

c)V‘1£>lv€10<£ [ ] [.l/:}
6 3 2 2

wl-—-
\._,,,_,_./

2%
(FV]

198y I 9(,9 7
d) Vi 1989 > 1965 va 0<5<l:>( J [_2_) _ 9-1965
Bai 8. Hﬁy tinh a)((\/—z_ )‘/3 )F b) 91*2{5. 81I+~/§
s W4
c) 6472 1432 d)(y/ﬁ)f
Giadi

()] =y =2y =2

b)9|—2ﬁ‘ 81”\/3 :9|“2ﬁ4 (92)|+'\f§ =9|—2'\/§+2+2'J§ =93 :729
€)64Y7 14T - (43)V7 4T g2 g |

a(3%)" =3v% 3% _3 o

Bai 9. Tim gid tri 16n nh4t clia biéu thifc
a)y :2—,'(4-'\/; b)yz(o's)cos X

Giai
: 2 !
a) Vi-x+ x:%H(\/'"—-;-J s%,Vx20:>2"“‘[;52“ hayy <42
: | ,
2 L — ——= |
Pang thic xay ra khi va chi khi Vx 9 O x=c=
x20 4
Viy: maxy = 42 taix :i.
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- b) Tacé: cos’ x>0, Vx = (0, 5)“"“2" <(0,5)° hay y<1

DAng thifc xay ra khi vi chi khicos? x =0 <> x =~ + kn, ke Z

Vay: maxy =1 taix=g+kn, keZ

Bai 10. Tim gi4 tri nhd nhat cia biéu thirc P
a) y - 3x + 3-x b) y - 3sin21 + 3cus1x

_ Giai
Nhic lai BPT Cauchy
V6imoia20,b20tacé a;b > \Jab
Ping thitc xay ra khi va chikhia =b
a) Ap-dung BDT Cauchy chv hai s duong 3* va 3™

Tacé: 3* +37 2243, 37 =23 hay y22

Ping thitc x4y ra khi va chi khi 3¥=3"= T;; <9 =1x=0

Viy: miny=2taix =0

b) Ap dung BDT Cauchy cho hai & duong 3*"* va 3"
Ta ‘.C(SZ 3sin2x + 3'.'0521 > 2 3sin3x‘ 31-.1).\‘11 i) l3sin2x+c0s3x hay y > 2\/5
Dlng thifc xdy ra khi va chi khi 3 =30 = _3_ o 3260 _3

3sin3x

< 2sin’x =1 & cos2x =0 ©x=E+E.,keZ

Vay: miny = 243 taix = x=~§+l§£, keZ

Bai 11.Pon gidn céc bi€u thic
: ¢ I

1

82

o) A= a-b _a_i —‘b-g
R ] i [
a+b +2\/;g a_S +ib*5
3. % | 4
J‘ a? +b? a-b : Ja ++b
B (JEE = J
a? +b? ‘
| 11
. A 4 1.8 HETy
(a-Ybo)a+\b) a2+b?2 _al-b2 2 p2
a) A= (a +vb)? R R T
gn a2-b2 az4+b? T -7
T a2 B2




a?—-b? ;2 p2 al-b? a? + b2
T T T T oy !
aZ +b2 .9‘2___—”3—_2_ a2 +b2 _[aZ _bZ]
1 1
a?. b2
Vay: A=-1
[ e 1Y
a2 +b? ~(a—b)| a2 —b? , i
b) B= ( ] : Jab
a-b Ja-+/b
.L | _
3 3 3 ! 13
_al+b?-a’+ab?+ba?-b? Ja-b
' a—-b Jab
i1 Iyl 1 1 )
a2.b%|a?+ b? ||a?2 - b2
- ooy r oy r e
(az + b? )(az - sz a2, b?
Viy:B=1. .
§3. LOGARIT
Bai 12. Hay tinh ‘
a)log ;16 b)log 81 c)log, 516 d) log ;0,25
i
Giai
- 4
- 4 -
a) logﬁl-6-log2%2 mi—log22-8
2

b) log ﬁSl =log 5,4 (V3)* =8
3

4
3

7

©)log, 516 =1log , 2% =< log,2 =-§-

d) log 50,25 =log , 27 =:]310g22 =—4
22 -
2
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Bai 13. Vdi gi4 tri ndo clia x thi biéu thifc sau diy xdc dinh
1
a)log,,(5-x) b) 1og2008(————) c) log , (-x?)
1-3x 16

3 2

d) log, ,(-3x") e)log ,2x Dlog, , \(x"—4)
)
Giai

a)log,,(5-x)xdcdinhkhi5-x>0x <5

' 1 ' I
b)logmog[l 3x]xécdinhl§hi >0<:>1—3x>0<:>x<-§

1-3x
¢)log , (—x*) x4c dinh khi x* < 0 = khong (On tai gid tri ndo cda x
16
d) log, 4 (-3x") xdc dinh khi-3x’ > 0 = x <0
x-1>0 x>1
. : x>1
e)log, ,2x xdcdinhkhi{x-121 & x¢2<::>{
2x>0 x>0

f)log( | )(x;2 — 4) x4c dinh khi x? —4>0ve‘1x¢0<:>|x’$2

3
X~ +1

Bai 14. Tim x, biét: a)log,x =-1 b) log, ,sx = -2

Giai -
a)Piéu kién:x >0
Tacé:log,x=—1e>x=2""
'b) Piéukién:x >0
-2
Tacéd:logy,sx =-2 < log,x=—2<:>x=[i—J =16

4

Bai 15. Tim x, biét : log,x = log,16 + 2log,32 - 2log,64 (*)

Giai
Piéu kién:x >0

(*) & log,x =log,2* +2log ,2° ~2log,8* =4 +5-4=5=x=2"=32

\ e . . 2 - : Lsm&k%"“ 3.Io’ 2\ log,2
Bai 16. Tinh gid tri cdc bi€u thiic: a) A=|81¢ 6 4+ 25708 | 49
/
‘ : COSEIO 29-log, 6 ( "’5434
: b) B = 2008. (49 3T, %) }
\
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Giai

1 n 11
=ein=log 4| ———log, 4
a) 814 hmﬁln;—u“ _1 (4 5 Ofq ) _ 3]‘2|0g94 _ 3 _ 3 _3
- 32|(>g‘,4 9]0;_:(,4 4

log 4 2!

Iog, e 2 E 2log lpgc 4

L 25%Men2 2057 S 57T gty
log, 2 2log, 2 log, 4

L 49T Pl gty

x A:(§+4)- 4=19
4 .

n 1 Y
b) . 49cosglug-,9wlng-,6 _ 72.[Elt)g7'9-log76J _ 7‘0379”“’8735 71( 57[%) _ —9— :l
| I()gv,§4 4 I =0 4
. (_] _ 5—1ngﬁ4 =5Ing54 =4_2 i 2
D 16
55
. B=2008- (1+L) 2008 - L]
4 16 16
Bai 17.Cholog,5 =a,log,5=b. Tinh: A = 10?: 'éo theoa va b.
2 ().‘4
Giai
1

. log,120 =log,2".5.3=3log,2 + log,5+ log,3 = +1+

log,5 log,5

. 2]0)_14\/5 :410g4i/5 :4\/5

.A=[3.+1 1} 1 _3b+ab+a

‘{/_ '3\/_2_ab

§4. LOGARIT THAP PHAN VA LOGARIT TU NHIEN

Bai 18. Hay tinh

a)(lgx/—6+ln\/_ s ) 2log,3 b) ¢'"-1n2 +e2nVs-3mi2 gy o
e/ log,9

Giai
I 1

a). lg\/_a+ln\/'_—lnm:lg102 +Ine? —Ine™ =%+%+|=2
€
2log23 _ 2log,3 2log,3

log,9 - log2132 log,3 B

.A=4
nl In—=
b) eln3—!n2 +eZln\/’§—-3ln{[2— —Slne-_l :el 2 +e d; +51ne=%_+%+5 =9

85




Bai 19. Tim x, biét : lgx = %ngS ~21g3+4InVe (¥)

Giai
Piéu kién: x >0

(*) o Igx =1g425 ~ g 3 + Inve* = lg5-1g9+1gl0? < lgx = 1gzg—0
500 |
S xX=—
9
* §5. HAM SO MU, HAM SO LOGARIT
VA HAM SO LUOY THUA |
Bai 20. Tim cdc gidi han sau:
,2008x 3 L2x 1 pa— x2 4
a) im—— b) limf’-——-—e- ¢) lim [x &* —x] d) lime =
x—0 X x—0 Tx X—® x—0 X
| Gidi
,2008x _ o208 _
a) lim =2008lim ——— =2008.1=2008
x>0 X x-0  2008x
(xem lai Kién thic cAn nhéndi dung 6)
x 2% 3x _ 2x x _ x _
by tim &S i £ 21 T3 e 2L 2 g, € o)
x>0 Tx x>0 Tx Tx 7 x-0 3x 7 x-+0  2x
3.2t
7 7 17
¢) . Paty= H
X
- ! x _ y
. lim (x. e"—x}_hm =lime l=l
X—»0 X—$0 1 y=>{) y
X
54; ) :
SlimS VS “ kS AN
C T x0 2 x—rl) X 8 x—0 X 2 8 8
4
Bai 21. Tim cdc gidi hansau:
aylim In(2008x +1) by lim ln(.Sx +1)
x—0 X x-0  sin2x
. ImM2x+1)-1n(3x +1) , e’ -1
¢) hm d) im———
)x-—a() X ‘ )xﬂo,fx_{..l_]
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Giai

In(2008x +1) In(2008x +1)

a) lim =2008. lim =2008. 1=2008
x—0 X x—=0 2008x
BEXEL) i, BexED
) Hmem o) 2 g B eS¢ 31 3
x—>0  §iN2X 2 x50 sin2x 2 hm sin2x 2 1 2
2x x—0 2%
&) lim In2x+1)—In(3x +1) 2 %im In(2x +1) ~3lim In(3x +1) —

x—=0 X x—0 2x x—0 3x

Dlim—" im& L imxr141)=1.2=2

x=0 /X +1-1 x—=0 X x—0 ,

Bai 22. Tinh dao ham ciia mdi him s6 sau trén khodng xdc dinh cda n6:
a)y=(x>-x+1)e" b) y = (sinx + cosx)e™
y=StC d)y =ve* -2008"
< e’ -e 4

Giai

a)y =(x2-x+1)e" +(x? —=x+1)(e") =2x - 1)e" +(x* —x+1)e* =e*(x% +x)

b) y' =(sinx + cosx)'e®* +(sinx + cosx)(e**)’
= (cosx —sinx)e* + (sinx + cosx)(3x)'(e**)
= e¥* (cosx —sinx + 3sinx + 3cosx) = ¢** (4cosx + 2sinx)

-(ex +c—x)r(€x _c—X)_(cX _._e-x)t(cx +c"X)

C) b4 } (ex _c—x)Z ,
_(e"—e)e' —eT)-(e" +e " He" +e7)
- (ex ‘__e-X)Z
(e -e*)Y -(e*+e*) de*.er et 0 4
- (ex _e—x)z —(ex_c-x)Z —(cx_c-x)2 _(ex_e-x)Z

d) y'=(\[e—"-) ——(2008")’=EL—2008”‘ In 2008 = —— — 2008" In2008

2We* We*

Bai 23. Tinh dao him clia mdi ham s6 sau rén khodng x4c dinh cia n6:

a) y = xlnx h)y=l’n(x2+x+l)
c)y =log, (x> +€*) d)y = Invx? + 2008
Giﬁi '

a) y' =x'Inx + (Inx)'x = Inx + LY x=Inx+1
X

x2+x+1)  2x+l

'h) L= = =
¥ x2+x+1  xT+x+1
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. (x*+€")y | 2x+¢€f

)y = =
)y (x? +e")In2 _ (x* +e*)In2
a y,:(\/x2 +2008)"  (x* +2008)' 1 x

x2 +2008  24/x? +2008 /x2+2008 X’ +2008

Bai 24. Tim tdp gid tri cda hAmsd y = 3 V2 sinx—cosx)

Giai
Pitu= xf2—(sinx - cosx) = 2sin(x —g-) vl -2<u<?2

. Ham s6 d4 cho viét lai y 3", ham s6 ndy ddng bién trén tap xdc dinh
Dodé: -2<u<2=>37<3'<3

. Viy: Tap gid tri cla ham s6 da cho 1a {é, 9i].

Bai 25. Tinh dao ham ciia cdc him s& sau:

a)y =(3x+5)° b)y =3x

Giai
a)y'=e(3x +5)(3x +5)°" =3e(3x +5)""
: | 1 L 1 1 1
b) y, = (3X)3:| :—»-(3x)'(3x)3 - _ _
{ d (3x)§ Yex? Yox?

§6. PHUONG TRINH MU VA LOGARIT

Bai 26. Gidi cdc phuong trinh sau :

a)2”3=16 - b)V7* =349
- Giai
Phuong phdp dua céc 0y thiva vé cing co 66 :

a) 273 =162 =2 &2 -3=4x= ¥

0 |

1 | X

b)w/7_" J_<:>(7 2=(7Y 7 =7"

wine
]

w |
»
]

(SR
w| s

Bai 27. Gidi cdc phirdng trinh sau:
)4+ _92" " 18=0 b)6.9% ~13.6* +6.4% =0

(Ve8] (V1= ) =14 @4 1227 80
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Giai
Phuong phdp dat 4n phu
a) Tacé: 4129 272 18=02%*2 _9 2¥*2 180
Dat t=2""7, (>4 Tacé: 1> =9t +8=0<>t =8 hoact =1 ( loai)

&2 = ox?+2=3ox=2I
Vay: Nghi¢m ctia phudng trinh da cho 1a x = +1.

2x X
b)Tacd: 6.9 -13.6" +6.4" =0 6. [%] -13. [—;—) +6=0

3
2

) 3\ o | 3 2 N
bat: t = —2— , t>0. Tacé: 6t —l3t+6=0<:>t=5v t:§= — '

2] 3« (3 e

Viy: Nghiém cda phuong trinh da cho 1a x = 1.
¢) Nhén thiy: (J7+ JZ&E). (J7-JZ§):1

X 1
bit: t:(\/7 \[E) , t>0. Phudng trinh di cho trd thanh t + - =14

t
L=7++/48
L=7-+/48

X 2
. V6it:7+m, tacé:( 7+\/ﬁ) :( 7+\/E) & X
-2

. Vdit=7-/48, taC(’):( 7+J4_8) :( 7+\/¢§) o x=-2

Viy: Nghi¢m ctia phuong trinh da cho la x = +2.

<:>t2—14t+120<:{

2

d) biéu kién:x2—520c>|x|2\/§ i
X- x::; x-l-vx- -5 2(*—‘[;-;) x-Vx>-§

Taco: 4 =12 +8=0=2 -6.2 +8=0
) x-S (.2 t=2

Pitt=2 ,t>0. Taco:t" -6t+8=0& =4 '
3 2 ‘ x21 i

e Vit=2 = VX" -S5=x-1e1", , <> x =3 (thdéa min dk)

X*=5=(x-1) '

x22

. Véit=4 2-5=x-
Git=4= vx" -5=x 2¢>{x2—-5=(x—2)

)X =% (thda min dk)

Vay: Nghi€ém cia phuong trinh dd chola x =3, x = -j—

Bai 28. Gidi phuong trinh
a)2" +5* =7* b)3.9" +Bx-7N3""T+2-x=0

Giai
Phuong ph4p nhdm nghiém va chiding minh nghiém duy nhdt 4
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2Y (5Y
2x 5x=7x =1. fad =1 (*
a)2" + @(7) +(7J *)

Nh&m thdy x = 1 12 nghiém ciia (*)
Mit khdc: y :[%) +(%) 12 ham s6 gidm trén R vi 12 t6ng 2 ham s6
gidm va y =1 13 him hing
Do d6: x =1 1a nghiém duy nh4t ciia phuong trinh (*)
b)Patt=3"",t>0
Phuong trinh d4 cho tré thanh 3t + 3x -t +2-x =0 (1)
1
3

Coi (1) 1a phuong trinh bac hai 4nt, ta im dudc t =~ vt =—x +2

[ Y

.V‘ditz% =23 '=3"=2x=0

VOit=-x+23"=—x+2 (2)

Ham s§ f(x) =3*"' dOng bi€n va f(1)=1

Ham s& g(x) = —x + 2 nghich bi€n va g(1)=1

Do d6: x =1 13 nghiém duy nhit cia phudng trinh (2)
Vay: Nghiém cua phuong trinh dd chola x =0, x =1.

Bai 29. Gidi phuong trinh : 2% — 4.2 7% _22* 1 4= (%)
Gidi |
Phuong phép bién 48i phuong trinh thanh tich s6
(*) & 27X (2 —4)- (2% -4) =0 2* - 42 -1 =0

- 22 =92 - 2x =2 o |x=1
2*2"‘:20 x2-x=0 x=0

Bai 30. Gidi phuong trinh : 5*.8*" = 500 (*)

, Giai
Phuong phép 8garit hda .
() 5. 220N =5 22 & 577 =227 o (x-3)logs5=(5-3x)logs2
Slog,2+3
1+3log,2)x =5Slog,2+3 Sx=—=2"—
@ (it g, n=Jlogalt . . 1+ 3log,2
Bai 31. Gidi cdc phuong trinh sau:
a) log, (x —1)=3 b) log,_, (x* —2x +65) =2
¢)log,(x +1)+log,(x +3) =1 d) 1g(x - 2) —%lg(3x,— 6)=1g2
e i 2 V \2
08,
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Giai
Phuong phdp dwa vao dinh nghiia hodc bién adi hai vé vé cing co s&
a) Pidukién: x-1>0< x>
Ta c6: log,(x —1) =3 < x - 1=27 & x =9 (théa min dk)
Vay: Nghiém ctia phudng trinh d cho la x =9.

x2 -2x +65>0, Vx
b) Diéu kién: {5-x3>0
S—-x=#1

X<5
x4

Ta c6: log,_, (x> =2x +65) =2 & x* —2x +65 =(5-x)’ <> x =-5 (thda min
Viy: Nghiém clia phuong trinh di cho 1a x =-5.

x+l>0<::> x>—1<:>x>_1
+3>0 > -3

Ta cé: log,(x + 1)+ logz(x +3) =1 log,(x +1)(x +3) =log,3
SE+DE+3)=3x* +4x =0 x =0 hodc x = —4 ( loai)
Vay: Nghiém cta phudng trinh da cho 1a x = 0.
d) Pidu kién: x >2
Ta c6: lg(x -2) ——%lg(?,x -6)=1g2 < 2[lg(x -2)-1g2]=1g(3x - 6)

¢) Piéu kién: {

2
o 21g~’-‘—;—2 =1g(3x -6) < 1g[3‘—2‘—2-] =1g(3x - 6)

@[X;ZT =3x -6 x? -16x+28=0< x =14 (thda mindk)
Vay: Nghiém ciia phuong trinh i cho 1a x =14
e) Piéukién:x #-2va x=-10
Ta c6: logz(x+2) —logz(x+10)
4log,3

<> 2log, |x + 2| - 2log, |x + 10| = 4log,3 <> log, [x + 2| = 10g29\x + 10|

& |x+2|=9[x +10| <> 9(x +10) = +(x+2)¢>x_—11hoacx=—f§6-

(thda mandk)

Viy: Nghi€ém cta phuong trinh da cholax =-11, x = 5

f)logx+3(3—\/x2_.2x+l):%@logH}(B—Ix—lD:% (1)

Bidy kign : 0 <X+3#l L |-B<x=-2
CRRIEn - 3 x-1]>07|-3<x-1<3
(D 3-x-1=Vx+3 (2)

LVEE —2<x<l:2) e 3+x-1=Vx+3 o (x+2) =x+3

=1

& -2<x<4

91



—3+\/§ —3-\/5
2 2

SxX+3x+1=0x= hodc x = ( loai)

L VEi1<x<4:(2)o3-x-)=Vx+3 =@ -x)> =x+3

9-v29 . . 9+429
5 hodcx = s

Sx2-0x+13=0x=

(loai)

Vay :Nghiém clia phuong trinh 1a x = — 2 ; J5 X = 2 _;[2—9 .
Bai 32. Gidi cdc phuong trinh sau:
a) —ll<>g2x+Z 0 b) log,(4* +4)=x —log, (2*"' -3)
log,x = 2 6 :
¢)log .16 +log, 64 =3 d)log,2 +log,4x =3
Giadi

Phuong phdp dt 4n phy

‘A s ‘X >0 x>0
1) Bicu kien: llog,x 20— |x =1

bit: t = log,x. Phuong trinh di cho trd thanh 3t - 7t-6=0

t=3 log,x =3 X=2" =8
= 2 & 2 & -2 | (théa mindk)
t=—— log,x=—— " |x=23=—
3 7

Vay: Nghiém clia phu’dng trinh dd chola x =8, x = T

b) Pidu kién:2*"' -3>0 < x > log,3-1

Ta.céz log21(4" +4)=x-log,(2*"' -3) < log, 4 +d =X

3 | 2x+| __3

4 ‘+43=2"(1). Pt t=2%, t>0

x+! _

Tacé: (1) P +4=20 -3t ®-3t-4=0>1=4
. ©2"=2" & x=2 (théa min dk)
Viy: Nghiém cta phuong trinh da cho la x =2.

(2
x>0
) x>0
o) Didukien: {* *l oidx=1
2x>0
X #—
2x #1 ~ )

log,64
log,2x

Tacé:log .16 +log,, 64 = 3¢:>log 16+ ————=3
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1 3

<> + l =3 (1)
logyx 1 log,x
2
bat t = log,x. Phudng trinh (1) trd thanh -l-+ 6 =3
t 1+21
=1 log,x =1 x=4
hay 61° —5t—-1=0 <> l < |l & -3 1 (théa man dk’
l=—— log,x =—— x=23=— d
6 2
. 1
Vay: Nghi€ém cta phuodng trinh da cho la x =4, x = —"
2
2
’ 0<—#1 >0
d)Pidukién: | x o {x
4x >0 X2

Tacé:log,2 +log,4x =3 < +log,4 +log,x =3

B S

8
X logz o
X

<:>-——1-~+2+10g2x:3(1)
I -log,x

biat: t =log,x.
Phudng trinh (1) trd thanh 1—1——[+t—1 =0 hay —1*+2t=0

t=0 10g2x=()— x=1 N
Q[t=29[10g2>cz2®{x:4 (thda man dk)

Vay: Nghiém cta phuong trinh dd cho la x =1, x =4.

Bai 33. Gidi phudng trinh: log,x = log.(x +2) (*)

Giai
Phuong phdp nhdm nghiém va chiing minh nghiém duy nhét
Diéu kién: x > 0. it u= log,x = x =3"

(*) trd thanh: u =log,(3" +2) 5" =3"+2 (%) + 2(;—] =1 (**)
Nh4m thdy u= 11a nghiém clia (**)

Ma: y =(%) + 2[}5) 12 ham s& gidm trén R vad y =1 12 him hing
Do d6: u =1 la nghiém duy nhat cia phuong trinh (**)

& x=3 (thda man dk)
Vay: Nghiém clia phuong trinh (*) 1a x =3.
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§7. HE PHUONG TRINH MU VA LOGARIT

Bai 34. Gidi cac t:& phudng trinh sau :
4x+2y—4:64 '2’( 2Y =12
a) by T
2008777 | X+y=5
12.2* +8.3Y =11 =y
¢) d) {3 Y
L 14.2* =-3")=-3 X+y=2
Giai
a) Ta c6: 44 — 64 - e X+2y—-4=3
% 12008275 =1 7 1200825 =2008° ~ |3x -2y -5=0

X+2y=7 x=3
{3x—2y =5¢:>{y =2
‘Vay: Nghiém cia hé phuong trinh da cho la (x; y) =(3; 2).

x - X 49y _ X L9Y
b) Ta cé: {2 +2y_12®{2 +2 -12©{2 +2Y =12

X+y=5 IER =P 282V =32
) . T X=4
Dod6:2*va 2 1a nghiémcla: X -12X+32=0 =8
. |2* =4 2" =8 X =2 x=3
Suy ra: {2’:8 hodc {2y:4 <:>{y:3 hoéc {y=2
Vay: Nghi€ém cta hé€ phudng trinh da cho 1a (2; 3), (3; 2).
1
12.2* +8.3 =11 12.2* +8. 3 =11 2" ===2
6: <
R {4.(2"—3’)-_~—3 {8.2"-8. ¥=6" |y _*
X=-2
ofi=;

Viy: Nghiém ciia h¢ da cho 1 (x; y)=(-2; 0).
, x+y=2 y=2-x y=1

d) Ta c6: {3,‘_, =y @{3x_; =2--xc>{x:l
( xem lai cdch gidi Vi du 28b) )

1

Véy: Nghiém cia phudng trinh di cho 1a {; zl

Bai 35. Gidi cdc hé phuong trinhsau:
3*.2Y =972 b) 2x+y=4
a
log,; (x-y) =3 lg(x +y)* —lgx = 2lg3

‘ 2x-y
5 {4*-2y -7.2"% =8 913772637 =27
log, (log,x) —log, (log,y) =1 9l _ 5
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Giai
a) Diéukién: x>y
X Yy __ X Y _ ¢ +3 f
Ta c6: 3°.27 =972 3*, 2 —972<::> 32" =972
1083/3'(7(")/):3 Xx-y=3 X=y+3
6Y =6° y=2 .
Q{x:y+3c>{x=5 (thoa man dk)
Viay: Nghi€ém cia phudng trinh d3 cho 1a (x; y) =(5; 2).

b) DBidu kién: x >0 va x # -y

Ta c6: 2x+y=4 s, y=4-2x
" lg(x +y)* —lgx = 2Ig3 lg(4-x)* = lgx +1g9 = 1g9x

y=4-2x {le |
@{xz —{7x+16=0<:> x-_—l =t =16 (théa man dk)
x=16
y=-28

Viy: Nghiém ciia hé phuong trinh da cho 1a (1; 2), (16; —28).

c)Piéukién: x>1vay>1

. ]4P 7. 2v =8
Ta cd: {logz (log;x) - log, (log,y) =1
2x—2y = 8
[2""2" = -1 ( loai)
log, (log,x) = log, (2log,y)
<:>{)L—2y=3 _@{x=3+2y <:>{x=3+2y
log,x = log,y? 3+2y=y? y? -2y-3=0

x=9 x=1 .
<:>{y=3 hoic {y=—l ( loai)

Vay: Nghiém ciia hé phudng trinh di cho 1a (x; y) =(9; 3).

25y -7.2"Y _8=0
<> <~
{logz (log;x) = log, 2 + log, (log;y)

d) Diéu kién: x > y. Ta c6:

2x-y 2x-y 2x-y
{32’"y ~26.3 2 =273 2 -26.3 % -27=0
91"83‘(X-Y) ) Bin;;:,’(x—y)2 )
2y -y
@{3 2 =27=3 hoéc {3 2 =-] (loai)
(x-y)Y¥ =2 (x-y)' =2
[ [2x -y =6 {xz'ﬁ—ﬁ
2x~y=6 {x—yzﬁ : ;y=6—2x/:'2_
{(‘X—Y)2=2c> 2x-y=6 it x=6+2 ., .
loai)
h{x—y=—\/5 {y=6+2«/§ :

Vay: Nghiém ciia hé phuong trinh 12 (x; y) =(6-~/2; 6-22 )
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§8. BAT PHUONG TRINH MU VA LOGARIT

Bai 36. Gidi cdc bal phuong trinh sau:

2x-1 )
a)(-;—J > 0,25 b) W10 +3)* ' > (/10 —3)>+2
€)2%.3".57 > 12 a)[V2f (1/’2‘]l <8
Giai

Phuong phdp dua cdc lily thiravé cing co 56 :

2x-1 2x-1 2x-1 2 -
1
a) (__] >0,25c>(lj >l<:>(l) >(l] < 2x -1 <2<:>x<E
2 2 4 \2 2 | 2
Vay: Nghiém cila bét phuong trinh da cho 1a x < 3/
b) (V10 +3)" "' > (10 =3y & (10 +3)* ™' > (/10 +3)7>?

- o x? —l'>—(2x+2)¢$)‘i2 +2x+1>0 = x+1)P? >0 x 2 -1
Vay: Nghiém ctia bdt phuong trinh da cho 1a x # -1

X X

¢)2*.3*! 52 >12¢»2*-?E>12<:>30* >30° & x>2

Viy :Nghiém ctia bit phuong trinh da cho 12 x > 2.
X x—I x x-l

x—l by | e =
D2y (2] <8o22.27 <822 <z3c>§+l3—l<3

@w<3<:>x<4 .

Viy : Nghiém cida bat phudng trinh da cho 12 x < 4

Bai 37. Gidi cdc bat phudng trinh sau:

a)3.527"-2.5">0,2 b)3.16* +2.81* >5.36"
X ‘ X 2!—)&__2)( l
Giai
Phuong phép d4t &n phy :

a)Tac6: 3.5 -2.57"50,2¢3.5 -2.5-1>0
Pat: t =5, t >0. Ta ¢6:
3t2w—2t—l>;()<:>t<-—;; (loai) hoict>15 >5" < x>0
Viy: Nghiém ctia bat phudng trinh di cho 1a x > 0.

b) Ta c6: 3. 16* +2. 81" >5. 36 © 3. (%J +2. (%] -5>0
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bat: t:(%] ,t>0. Ta C623[+—2-—5>OC>3t2—5t+2>0<:>[<§ hodct>1

t ;

2x
-Vc’iit<—2—:[E <~2—:>2x>1:3x>~l—
3 3 3 2

X ()
. V6i£>l:>[i] >[i] =x<0
9 9

Va}./: Nghiém ctia bat phuong trinh da cho 1a x >% hoic x <0.

¢) Nhén thiy :(J7+JZ§).(\/7“\/E):1

bit :t=( 7+\/Z§) ,t > 0. Phuong trinh da cho trd thf‘mh1+%<l4

o2 -14t+1<0T-J48 <t <T7++/48

<::>( 7+\f4§)_2<( 7+J&§)x<('\/7+@)2 o -2<x<2

Vaiy : Nghiém cida bat phuong trinhdachola -2 <x < 2.
d)bit: t=2">0
A t+1

2
v - - 2
Bt phuong trinh viét lai 1d L-—— =20 hay —‘[(-li%'— >

& -1<t<0(loai) hodc 1<t<£2&0<x<l.

Bai 37. Gidi bat phuong trinh:

4x? +x.25% 13,28 <x?.2F 48x +12(%)

Giai
Phuong phdp phén tich thanh nhén tif
(M) 4(x? —2x -3)- 27 (F —2x -3) <0 (x* ~2x - 3)(4-2" ) <0

(x2 -2x-3<0 Tlo1<x<3 [(-1<x<3

ﬁ e

4-2" >0 x? <2 ~2<x<42
| o &

x2-2x-3>0 x<-lvx>3 x<-lvx>3

< . 5 J_

LL4__2"'(0 | |X">2 [ (X>V2VvXx<- 2

-—-1<x<\/5
=

| X<-v2 vx>3

Bai 39. Gidi bit phuong trinh: 1+ 2**' +3**' <6* (¥)
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Giai
Phuong phdp st dung tinh ch4t 48ng bién, nghich bién

oL saf1) 1) rem

Thiy f(x) = [%) + 2(—;) + 3(—;—] 12 ham s6 gidm trén R va f(2) =1 7

Do dé6: (**) <= x>2

Bai 40. Gidi cdc bat phuong trinh sau :

a) log, 2" * I] >1 b) log, 5 log, (2x —1))> 0

c) log, 2x* +3x + 1) > log,(2x +1) d) log;z,‘(rx2 —5x+6)<1

Giai
Phuong phép dua hai vé cda b4t phuong trinh vé cing co &6

e {x+l>0 i
Piéu kién: i, >0 2x_l>0<::> x>3
2% -1 x+1<0

x<-1
2x-1<0

X +1 x+1 3x —3
2 sie >2 &

2x -1 2x—1 2x —1 ,
Viy: Nghiém ciia bat phuong trinh da cho 12 7 <X <.

a) log, s0<':>%<xs1 (thda min dk)

a s [(2x-1)>01 2x-1>0 |
b) biéu kién: {logz(Zx—l)>0c>{2x~l>l S x>l

Ta c6: log,,(log,(2x —1)) >0 <> log, 5 (log,(2x - 1)) > log, |

{logz(Zx—l)<l {O<2x—l<2

3 B o
log,(2x -1)>0 7 |2x -1>1 C>1<X<“2*- (thda man dk)

Viy: Nghiém ciia bit phuong trinh dd cho 12 1 <x < %

1
x<-1hodicx >——
2 v 2% +3x+1>0 ' 2 1
C)DIGUk1¢n'{2x+.l>O et x>_.!.. EX >

log, 2x> +3x +1) > log, (2x +1) & log,2x* +3x +1) > log, (2x + 1)

& 2x2 +3x + 1> 4x? +‘4x+1<:>2x2+x<0<:>—l<x<0

K&t hgp diéu kién, nghiém cla bit phudng trinh 12 —% <x<0.

' 2 5% 460 x<2ho¢’_acx>.3 0<x<2hodcx>3
d) Piéu kién: {* 7X+0>V 1 = 1
0<2x#1 - O<x¢-2~ x;t—z—
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« NEu2x>1 o x>%

Ta ¢6: log,, (x* — 5x + 6) <1 <> log,, (x* - 5% +6) < log,, 2x

S XS +6<2x X -Tx+6<01<x<6

l<x<?2

Ké&t hgp di€u kién, nghi€m cua bat phudng trinh da cho 1a {3 .26

« NEuUO<2x<1l & 0<x<—;—

Ta c6: log, (x> —5x +6) <1< log,, (x* = 5x +6) < log,, 2x
S X -5Xx+6>2x = x* -7x+6>0=x <1 hoicx>6

s A . A " A ] g ~ ~ by I
K&t hgp di€u kién, nghiém cua bat phuong trinh da chola O<x < 5
Viy: Nghiém clia bt phuong trinh dd cho 1 1 <x <2 hodc 3<x<6

hodc 0 < x <-}--
"2

Bai 41. Gidi cdc bat phuong trinh sau::

a) log>x + log,4x —4 <0 'b) log, (125x). log,sx > % +log: x

1 .
2 log, —
)25 % _10x T x 4350

Giai
Phuong phdp dat 4n phy
biéu kién: x >0
a) Diu kién: x >0 (*) . P4t t=log,x . BA&t phudng trinh d cho thanh
?+(2+0)-4<O0hayt? +t-2<0 -2<t<l

Véi u2<t<lc>f2<log2x<l<:>~i<x<2

K&t hgp (%), ta duge nghiém cla bat perdng-.Lr‘mh la: i< Xx<2

b) Diéukién: 0<x #1 (*). Tacé: log, (125x). log,sx >%+ log? x

< (log, 5° + log,x). log . x > % +logZx
<> (3log, 5+1). (%logsx] > % +log? x

<:>%+%log5x>—;-+log§x<:>210g§x-—log5x<0
| |

c>0<log5x<%¢:»5"<x<55 el<x<5

K&t hagp (*), ta dugc nghiém cia bat phuong trinh 12 : 1<x < Js.
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¢) Biéu kién: x >0 (*). Pat: u=log, x = x =2". _
Bt phuong trinh da cho thanh: 2* ~10(2°)™ +3>0

o2 -1 30
2‘.’
bat:t=2", 121
(1)thanh[’-+3tn—10>0®{:;5 (loa} _ ov Sosu?si

<us>l hoécu<—l
« Véiu>1l = log,x>1=>x>2

¢ Véiu<-1 = lo‘g2x<—-1:>x<—1—

K&t hdp (*) ta dif(jc nghiém cida bt phudng trinh di cho 1a x >2 hodc 0 <x < %

Bai 42. Tim tdp xdc dinh cia m6i ham s6 sau:
a)y =lg(x* +2x - 8) b)y = /log,(x —2) +1
‘Giai
a) Ham s6 da cho x4c dinh khi x? +2x -8 > 0<> x < —4 hofic X > 2
Viy : Tip xdc dinh cda ham s6 12 (—o0; — 4) U (2; + ).
- b)Ham s6 xdc dinh khi log,4(x ~2)+12 0 < log,,0,8(x ~2) >0
13

0,8(x-2)<1 X< —
=3 . o 4 &2<x<—
x-2>0

Xx>2

Vay : Tip xdcdinh clia ham s6 12 (2; ?}

C. CAU HOI TRAC NGHIEM
1) Khdng dinh ndo sau day sai?

A. 2*/54-1 >2ﬁ B. (‘\/5_1)2007 >(_J_2-__l)20()8
2000 2008
C- (‘/-g_l)Z(X“‘)(‘Jg_‘)Z(K)? . D. [l-‘g‘} <(1'___‘\[2_'_2__J
2) Gi trj cia 22 -4"2 biing
A. 232 B. 4624 C. 32 D. §°
3) Gid tri ctia 5°°% :125" bing
A 10 B. 5267 C. 25 D. 5
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4) Tinh

-2

2% .4+2°
|

=y

1
20
5) Gid tri cia M = 13+ 443 — /13— 43 bling

A. 443 B. 2 C. V83 D. 2443

6) Bién déi 3/ x*4/x (x > 0) thanh dang lily thira v8i s& mil hitu ti ta dugc
23 20} 21 12

A. x"? B. x* C. x"? D. x5
7) Cho (v/5 + 2)* < (+/5 - 2)?. Khing dinh nio sau diy diing?

A. C.7 D. 4

|-

A. x<=2 B. x <22 C.x>-2 D. x >21}
1 ! |
' 2 2 _ 2
8) Rit gon biéu thitc M = | — +12 2 12 b fltaduqc
: a-— bl
a+2a° +1 a?

( Gid st bi€u thitc M di cho ¢6 nghia )
A. 3va B. aT‘l C. -—~2—T D. 3(Va-1)
a —
9) Bao ham cia ham sOy= Vx 1a
4

: B. L3 o

3%/)(_2 3 Y ok

10) Pao ham ctta hAm s y =V9x? —6x +1 1a

A.

1 2
Ar—eeo B.-—2__ C.
3Y(3x ~ 1) (3x - 1)’ Y3x -1 3 (3x - 1)
11) Pao him cda ham s8 y = {/cosx 1a |
sinx sinx 1 sinx
A ——— B, ———— C. D. - ——
74 cos® x 73 cos®x 77;(:036)( 73 cos®x
12) Ham s3 nao dudi ddy 1a ham s§ Iy thita?
1 |

A.y=x}(x>0) B.y=x'(x>0)
C.y=x"(x>0) D. Ca baciu A, B,C diing
13) Tap xdc dinh cda ham s8 y = log,x(1 - x) 1a

A. D=(-o0; 0]U[]; + ) B. D=(-0;0)uU(l;+»)
C.D=[0;1] | D. D=(0;1)
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X i

14) T4ap x4c dinh clia ham 55‘y =In
% 3x-6

A. D =(0;2) b B. D = (—o0;0) U (2; + o)
C. D=(-;0]U[2;+ ) D. D=[0;2]
15) Cho ham s6 £(x) = Ig100(x - 3). Khing dinh nao sau ddy sai ?
A. Tip x4c dinh ctia ham s6 f(x)1a D =[3; + ©)
B. f{(x)=2+1g(x-3)vdix>3
C. P4 thi ham s6 f(x) di qua di€m (4;2)
D. P4 thi ham s6 f(x) ddng bién trén (3; + ) 2

lo 3 ,
16)Gid tricliaa * (0<a=1)bing

A.9 B. 3 C.12 D.6
8log 57

17)Gidtriciaa * (0<a=1)blng

A.7° B. 7 c.7 D. 7'
18) X4c dinh x dé log, , ,(5%)>0

A x>0 B. 0<x«l C.x>é D.x<—;~
19) Gi4 tri cda log,(log, 4) biing

A, 22 - B. 4 C.—l— D.—I-

- 2 4

20) Gi4 trj cda loga[a'ﬁfa"\/a\/; ] (O<a=#1)bing

A gl c. - p. 19

13 10 10 7

. . . a a2logy2+dlogy,2
21)GidtrictaM =9" = bing

A. 32 B. 62 | C. 64 D. 74
22) N&u lg4 = a thi 1g4000 bling ,.

A.3+a B.4+a ) C.3+2a D. 4+2a
23) Trong cdc ménh dé sau, ménh dé nao sai?

A. Néua>lthilogM>log N&M>N>0

B. NéuO<a<lthilogM>log N 0<M<N

C. NEuM,N>0va0<a=Ithilog,(M.N)=log,M.log,N

D. Néu 0 <a < 1thilog,2007 > log, 2008
24) Trong c4c khdng dinh sau, khing dinh nao sai?
- A, log,5>0 B. log,,08<0

C. log,4> log4(%) D. logx2+22007 < logx2+22008 ,
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25) Cho log,, 5 = a, log, 7 = b, log, 3 = c. Tinh log,, 35 biing

AL 3b + 3ac B. 3b + 2ac C. 3b +2ag D. 3b+ 3ac

c+2 g2 c+3 c+1
26) Trong cdc ham s3 sau, ham s nao dong bién ?

X

2007]" D, y- ( 3 J
2008 ) V2007 -2

27) Vi diéu kién ndociaa d€y =(2a —1)* 1a ham s6 mi

A. y=(2007)"> B. y=(0,D)* C.y =(

A.ae(l;l]u(l;+oo) ' B.ae[—l—;+oo]

2 _ 2
C.a>1 D.a=0

28) VGi diéu kién ndociaad€y =(a® —a+1)* dbng bién trén R
A.ae(0;]) B.ae(—oo;O)u(l;+oo)
C.az0Ovaa=zl D. atdyy

29) Him s8 nao c6 db thi nhu hinh vé dudi day ?

/\y X
1
Ac = —

’ (J

B.y<[-L)
N Cj=EﬁJ

D.y=(2)"
30) Véi diéu kién ndoclaad€y = e nghich bi€n trén R
+a)’,
A.ae(01), B. ae(-1;+») C. ae(0;+ ) D. a#-1
e -1
31) Tim lim ta dudc
x—0 X
1
A.0 ) B. E C.2 D. +o
e4x _eh )
32) Tim lim ——— ta dudc
x—0 X
A.0 B. 1 e 2 D.3
e -1
33) Tim lim ————— ta dudc
=0 X +4 -2 ,
A. -1 B.0 C. - D. 4
34)Paohimciay=2".n" la '
A. 2*.n*.In2.1nn , B. x.(2n)*"
C. 2n)".In2n D. Mot két qua khic
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35) Pao ham cia y = 3"" |3

A. (sin2x).3"""! B. 3
C. (cos2x).3""** In3 D. (2c0s2x).3""*.In3
36) Pao him cda y = 2%™ 24"+ |3
A. —sinx. cosx. 28205+ B. (cosx —sinx)25 ™o+ 12
C. —sin2x, 250! . D. Mot két qua khédc
'37) Pao ham ciia Y= e’ I3
A. sin2x.e"" B. etin’s C. sin’x.e™*" D, 2sinx.e™"*
38) Chohdm s3 y = f(x) = x.e *. Khing dinh nio sau day la sai?
A. Ham s6 c6 tdp xdc dinh R. B. Ham s& nghich bié€n trén (1;+ o).

C. Ham s6 dat cyc dai tai di€ém (1 ; lj D. lim f(x) = —o0.
- e

39) X4c dinh a d€ ham s8 y = log,,,;x dng bi€n trén khoing (0; + o).
A.a>0 B.a>-1 C.0<ac<l D.O0O<a=l
40) X4c dinh a d€ ham s8 y = log, x nghich bién trén khodng (0; + o).

A.a>0 - B.0O<a<?2 C.a>2 D. O<a=#l
41) Trong c4dc him s6 sau, hAm s& ndo déng bién trén khodng (0; + ).
A. y=log X B.yzlogaxvdiazﬁ—ﬁ
C.y=log,x D. y=log, x
6 4
42) Tim x @€ 44 thi y = log,x nim & phia trén dudng thing y =2
A x>0 B.x>9 C.x>2 D. x<2

43) B4 thi duéi ddy 12 clia hAm s6 nao ?
yp

A. y=log,x +1
Ll e e B. y=log,(x +1)

R 2

C. y=log;x
D. y=log,(x +1)

44) B4 thi dudi ddy 1a cia ham s6 nao ? |

A. y =|Inx|

B. y =In[x|

C. y=|in(x+1)|

D. y=In[x +]
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In(1+5x)

45) Tim lim ———— ta dudc
x-30 X
A. 0 B.5 C.1 D. +o
. In(1+2x)
46) Tim lim —— ta dudc
=0 sinX
A. 0 B. 4 C.2 D. +o©
. In(1+3x)
47) Tim lim ——— ta dudc
x=0  tanx
A. 1 B. % ' C.0 D. 3
48) Pao ham cia ham s8 y = log(x* +x + 1) Ia
2x +1 ]
e 4 B. —
(x* +x+1DIn5 (x*+x+1InS
c. 2+l D. Mot két qua khdc
X +x+1
49) Cho ham s8 f(x) = In(x? + 5). Khi d6
A. f’(l):% B. f'(l):% C. (1) = In6 D. f(1)=0
50) Pao ham cia hAm s8 y = (3 + Inx)Inx 14 .
A1 B. (3_'__1_)1 C. 3 +2Inx D. -2 —Inx
X)X X ! X
51) Pao ham clia ham s§ y = log, (x +e*) 12
X X X
A Lxe B. 1*¢ U T p. 1*tC
In2 x+e” (x+e*)In2 (x+e*)In2

X+1
52) Tap nghi¢m ctia phuong trinh GSJ =125%* biing

1 1
A {1 B. {4} C, 4—— | ol
f) i A4 p. {4}
53) Tap nghiém clia phudng trinh oK eIl _ bing
A. {1;2} B. {-52} C. {-5-2} D. {2;5}
54) Tap nghi€m cda phudng trinh (3 - p M) ) =3+ 342 bing
NN 1
A. {-1 B. |l B, dem o st
1) ) -3 . {|
55) Tap nghiém cia phuong trinh 3*,2**' =72 bing
1 3
A. {— B. {-= C. {-2 D. {2}
B oe e om
56) TAp nghiém ciia phuong trinh 3**' +3**2 +3** =9,5* + 5! + 5**? bling
A. {0} B. {1} ‘ C. {-2} D. {3}
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3 2-2x 8 x-2
57) Tép nghi€m cia phudng trinh (5) = (57—) bing
A. {%} B. {-2—} C. {4) D. {2}

X=5
58) Tap nghiém cia phuong trinh3 2 =343 bing
3 ,
A. {E} B. {%} C. {8) D. N2}

59) X4c dinh m &€ phuong trinh 2> + m? - m = 0 ¢6 nghiém

A. m<0 B. 0<m«<] C. m<Ovm>1 D. m>1
’ |
L (3T (a9
60) T4p nghiém ctia phudng trinh 213 =E-6—b5ng
A3-V13;3+413) B.{3-10;3++10}
c. 13-413 32413 p. |3-410 34410
o2 T2 o2 2
61) Tap nghiém cda phuong trinh 4*"' —6.2**' +8=0bing
A {o;1} - B. {12} C. {~2;3} D. {0;3}
62) Tng c4c nghiém cia phuong trinh 2%~ = 3.2%2 4 1=0 bing |
A. 6 B.3 C.5 D. -4

X

63) Tich s6 cdc nghiém cia phucng trinh( 6+ \/53) +( 6- \/3_5_) =127

A. 4 B. 1 C. -4 D. 5
64) Phuong trinh 3'** +3'™* = 10
A. C6 hai nghiém am.
B. C6 mdt nghi€ém 4m va mdt nghiém duong.
C. C6 hai nghiém dudng.
D. V6 nghi€ém.
1 1 1

65) Tap nghiém céia phuong trinh 9.4 -5.6* +4.9* =0 bing

| - 1 9).
A {1;3) B. {1} . {5} D. {—I,Z}
66) Toa d6 giao di€m ciia hai dd thi cia hai hAm y =2* vady=3-x 13 cip s6 nio ?
A. (1,2) B. (2;3) C. (-1;4) D. Mot két qud khéc.
67) Tdp nghiém clia phuong trinh 8.3* +3.2" =24 + 6" bling
A {1} B. {3)
C. {~13} D. Mot két qua khdc
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68) S6 nghiém cta phuong trinh 5™ + 9. 5% +27(1257 + 57*) = 64 bing

A. 0 B.l C.2 | D. 3

3
69) Giii phudng trinh: 3*7.2% =8.4*" (%)
Mt hoc sinh gidi nhu sau
Budc1:Tacd VT(*)>0,Vx va VP(*)>0,Vx
Budc 2 : Logarit hda hai v€ theo cosd 2. Tacd:
log, (3.2 ) = log, (8-42)
&> (x-1)log,3+x* =log,8+(x-2)log,4
< x? —(2-log,3)x+1-1log,3=0 (1)
Bude 3 : Gidi phuong trinh (1) ta duge hai nghiém la
x=1;x=1-log,3(théa man)
Hai nghiém nay ciing 1a hai nghiém cta phuong trinh di cho.
" Bai gidi trén ding hay sai ? Néu sai thi sai tir bu6c nio?

A. Budc 1 B. Budc 2 C. Budc 3 D. Pung
70) Phuong trinh 2* = -2x% + 6x -9
A. V6 nghiém. B. C6 mét nghi€ém 4m va m§t nghiém duong.

C. C6 hai nghiém duong.  D. C6 hai nghi€ém dm.

71) Giai phudng trinh: 3.4 + (3x —10)2" +3-x =0 (*)
Mot hoc sinh gidi nhu sau

Budc1: Patt=2" >0. Phudng trinh (*) viét lai 12
32 +Bx-10)1+3-x=0(1)
Biét 6 A = (3x — H0)> —12(3 - x) = 9x” —48x + 64 = (3x — 8)°

Suy ra: Phudng trinh (1) c6 hai nghi€ém t :—;- vait=3-xX.
Budc2: o
1 w— 1 1 |
+ Véit=—=tacé: 5" " =—x-2=log,| - |=x=2+log,| =
3 3 "3 3
+ Véit=3-xtacé: 52 =3-x>x=2
Budc 3: Viy: (*) c6 hai nghiém A x =2 va x =2 + logs(—;:)

Bai gidi trén ding hay sai? Né&u sai thi sai tf budc nao ?

A. Buéc | B. Budc 2 C.Budc 3 D. Ding
" 72) S6 nghiém cila phuong trinh (x — 3)2"2 ~* = 1bling
A. 0 B. 1 C.2 D. 3
73) T4p nghiém cla phuong trinh log, (3x — 7) = 3 bling |
A. {1} B. {-2} C. {5} | D. {~3}
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. 74) Phuong trinh log,(x* +4x +12) =2
A. C6 hai nghiém duong. B. C6 mdt nghiém 4m va mdt nghiém duong.
C. C6 hai nghiém am. D. V6 nghiém.

75) Néu In(In2x) = —1 thi x bing _
1 & I
3

A ;I c. < D. &
2 2 2 2
76) Tap nghiém cla phuong trinh log, x + log, x + log,(x = 7 béng
A V2 B. {16 c. {2v2 | D. {4}
77) Tap nghiém cia phudng trinh logxz_t(2\/§) = % bing
A {-44} B. {3} C. {4} D. {-33}

78) Tép nghiém clia phuang trinh log, x. log,x. logyx. log ¢x = % bing

O I S

79) Tap nghiém ciia phuong trinh log, x + log, (x + 3) = 1 bang

A. {3} B. {2;5} C. {1} D. {1;3}
80) Tap nghiém ctia phuong trinh log g|x +1| = 2 bing

A {-42]} B. {-32} C. {3} D. {-10;2}
81) T4p nghiém cda phuong trinh log,(2* - 1) = -2 biing

A. {2-log,5} B.{log,5} C. {-1+log,5} D. {~2+log,5}
82) Tap nghiém clia phudng trinh x*log,x.log, 9 = 10— x bing

A.{-52} B. {2} - C. {3} D. {23}
83) Tap nghiém ctia phuong trinh (log,x - 2).log,x = %(logzx -1) bing

A V2 } B. {v2;4 C. {8} D. {v2:8
84) Tap nghiém cda phuong trinh log, (log,x) + log, (log,x) = 2 bing

A. {16} B. {4} C. {416} D. {2}

85) Phuong trinh log, 2 + log,x =2,5 -
A. C6 mdt nghi€ém &m va mdt nghi¢ém duong,
B. C6 hai nghiém dudng,
C. C6 hai nghi€ém am.,
D. V6 nghiém.

86) SG nghiém clia phuong trinh log,, (2,) +logix = 1 biing
"\ x

A. 0 B. | S C2 D. 3
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87) Tap nghiém cda phudng trinh log,(3x*).log?3 = | bing

VR ELCI S W Y. c. {327 | D. &
88) Tip nghiém cla phuong trinh lgx + Igx +1 = 1 l bang
gx —
A. {10} B. {100} C. {1000} D. '}
89) Tich cdc nghi€m cia phuong trinh log, (125x)log3sx = 1 biing
7
. — B. = C. s D. 630
125 125 - 625

90) Cho ba phuong trinh, phucng trinh nao cé tdp nghiém {%;2} ?

x - 2|log,x =x -2 )
(x* —4)(log,x -1)=0 (1N
2
log2 (4x) + 1og2(3‘§—Jz 8 (1)
A. Chi(l) B. Chi (II)
C. Chi (Il D. Ca (I, (II) va (III)

91) Phudng trinh log, (4.3* — 6) = log, (9" —6) =1¢6 mot nghiém duy nhat x,,
thudc khodng nio dudi day ? |

3 3
. (2; - B. (-1 .| 0= o | ==
A. (2;3) -LD C(Oz) D(ZO)

92) T4p nghiém cda bit phuong trinh 2** < [%) 1a

A. [—-g—;+ooj B. (:—oo;——i—) C. (0;+0)\ {1} D. (-;0)
93) T4p nghiém cda b4t phuong trinh 6% <247, 3% |3

A. R\{O} B. (—00;4‘:\{()} C. (4;+ o) D. (-x;4)
94) T4p nghiém cda bat phuong trinh 5271 > 2514

A, (—o0; — 1) U (3; + o) B. (—o0; 0) LU (3; +0)

[—oo;—-l-.u —3—;+oo) D. (—oo;——]— u —3—;+00)

‘ 2 2 2] |2
95) Tap nghiém cia bat phuong trinh 4* -22*" 48 3 55213

A. R\ {3} B. (3;+ ) C. (-5;3)U(3;+®) D, (-;3)

x x-1
96 ) TAp nghiém cia bt phudng trinh (%) < (—;—) 1a

A. (<2;+) B. (—0;-2)  C.(=0;-2)U(-2;+®) D. R\{-2}
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97) Tap nghiém cda bat phuong trinh (2 ++/3)* <(2-+/3)* 1a

A. O B. (—0;, - 4) C. R\ {-4} D. R
x-3 x~1
98) Tap nghiém ciia bt phudng trinh (2 ++/3 )% < (2-+/3 ) 1a
A. O B. R C. (—o;Hh UG, +0) D, (1;3)
99) T4ap nghiém ciia bit phudng trinh (2* - 4).(x* —-2x-3) <01a
A. (—0;-1)uU(2;3) B. (-o0;1)wi(2;3)
C. (2;3) D. (-0, -2)u(2;3)

100) Cho b4t phuong trinh 3.5 —2.5* <% (*). Khing dinh no sau day

la dung? :
A. x =014 nghiém cia (*) B. Tap nghiém cuia(*)1a (—oc; 0)
C. Tép nghi€ém cda (*)1a R\ {0} D. Tip nghiém cia (*)1a (0;+ )
101) S§ nghiém nguyén ctia bat phuong trinh 3* +9.37 <1012
A. 0O B. 1 C.2 D. Vbs6

| Vx2-3x-10
102) S6 nghiém nguyén ciia bt phudng trinh (EJ >

A. 0 B.1 C.9 D. 11
‘ = -+
103) Cho bat phudng trinh (—;)x + 3.[—;)x >12 (*). Khdng dinh nio sai?
A. x =1khong 13 nghiém ciia (*) B. Tap nghiém cta (*)1a (-1;0)
C. Tadp nghiém cia (*)1a (=1; + o) D. (*)khdéng cé nghiém nguyén
104) Tap nghiém ciia bat phudng trinh 25" +9**' >34.15" 1a

A. [-2,0] B. [0; + )
C. (—o;-2] D. (—o0; —2]W[0; + o)
105) Tap nghiém cia bat phuong trinh 1+2*! +3**! < 6* 1a
A. (2;+®) B. (-x,2) C. (~0;-2)uU(2+)  D.R\{2}

106) Vi gid tri nao clia m d€ bat phuong trinh 9* - 2(m +1).3* -3-2m >0
c6nghiém ding moi x e R.

A. m=#-2. | B. med. C.ms*%. D.me(—S—ZI;—5+2J§).
107) Tim gi4 tri m d€ b4t phuong trinh 9* - m.3**' —4 - 3m < 0 c6 nghiém.
A.m#—% B:m>—% C.med D. muyy

108) Tap nghiém ctia bat phuong trinh log, 4x < 314
A. (0;2) B. (-x;2) C. (2;+x) D. (0;+x) -
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109) Tap nghiém ctla b4t phudng trinh 3 < log, x <4 1a

A. (0;16) B. (816) C. (8 +x) D. R
110) Tap nghiém cia bat phudng trinh Iogo_g(x2 +Xx) <log,4(—2x+4)1a

A. (—o0; —4) U (]; +0) B. (-4;1)

C. (—o;-Hu(l;2) : D. Mot két qué khdc

111) Tap nghiém cia bat phudng trinh log  [log,(x - 2)]>01a

6

A.(5;+0) B. (—4: 1) C.(~; 5) D. (3.5)

112) S6 nghiém nguyén cda bat phudng trinh (x - 3)(lgx + 1) <0 1a
AL O B. | . .2 D. V6s8
n N T . 1+2x .
113) Tap nghiém cua bat phudng trinh log, <0la
I z
A.|-1,—— B. (-1;0
-+-3) Bk
C. [—w;—%}u(ﬂﬁoo) D. (—0; - 1) (0; + )
114) Tap nghiém cda bt phuong trinh log_ J(4x? -16x+15)<-21a
0.5s5in~
4
2 2 2 2
C.R D. (—0;3) U[S; + )

115) Cho bt phuong trinh log,|2x — 3| < fogy 5. Khidng dinh nao sau ddy sai?
A. x = Skhong 1a nghiém cta (*).
B. Tép nghiém cia (*) la (-1;4).
C. Tap nghiém ciia (*) 2 (=1; 4)\ {%1
' J
D. SG nghiém nguyén cia bat phuong trinh (*¥) 1a 4.

116) Tip nghiém cla bat phudng trinh logé‘5 x+6<5log, xla
2

83
117) Cho ham s6 f(x) = In(2008x - x2). T4p nghiém cia bit phuong trinh
f'(x)>01a

A, (1 1) B. (+V2;43) C. [1;%) D. (é;;oo),

A. (—o0;1004) B. (0;1004) C.R D. (0;2008)
118) Tap nghiém ciia b4t phuong trinh 7' +x"" > 98 13
A. (—0;100) B. (0; + o) C. (100;+0) - D. (1;+x)
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119) Gidi bat phuong trinh : log, St <1(%).
X

Mot hoc sinh gidi nhu sau
1+2x >0

. 1+ x 1+2x >0 (1)
1+x

Buéc2: (1)<:>x>—% (3)

2Q)e=>x>2 @)
Tr(3)va@4d) =>x>2
Budc3: Viy: Tap nghiém ciia bat phuong trinh (*) 1 (2; + ).
Bai gidi trén ding hay sai ? N&u sai thi sai tir budc nao?

A.Budc 1 B. Budc 2 C. Budc 3 D. bing
e s A 7 ~ ~ 3’( + 3y = 4 ~
120) S6 nghiém ctia hé phuong trinh 1a
x+y=1
A. 0 B. 1 C.2 D. 3
X 3%, 3% =81 .
121) Hé phuong trinh cé nghi€ém la
ee ¥ =¢
A. (-2;3) B. (3;-2)
C. (-2;3)va(3;-2) D. M4t két qua khdc
. 3-8 =77
122) S8 nghiém ctia hé phuong trinh y 1a
‘ 3" -82 =7
A. 0 B. 1 C.2 D. VOsd
e e mome . 3”"+3"’=-4-
123) S6 nghi€ém cua hé phuong trinh 9 la
X+y=3,x>y
AL ] - B. 2 C.3 D. Vbs6
X Yy -
124) H¢ phuong trinh {3 2 3972 c6 nghiém 1a
X-y=
A. (32) B. (2;5)
C. (6:2)va (3;2) D. M6t két qua-khéc
3*=4-x
125) S6 nghiém ciia hé phuong trinh Voxeyz | 1a
, : .
e
A. 0 B. 1 C.2 D.3
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5 ) ) 2log,x —log,y =0
126) S6 nghi¢m caa hé phuong trinh - B

x?+4=5y%
A. 0 B. | C.2 D.3
3%.2Y =324 ,
127) H¢ phudng trinh cO nghi¢m la
log ;(x-y)=2
A. (4,2) B. (4,-3) C.3-1 D. (2;-3)
. _ y =1+ log,x
128) SO nghiém cia hé phuong trinh " T la
x" =64,
A. 0O B. | G 2 D.3
2log,x + log,y =4
129) H¢ phuong trinh ¢ | 4 R £2Y cé nghi¢m la
X" +y =32 7
A. (4:2) : B. (4,4)
C. (4;2)va(16;4) D. Vonghiém
/2 2x-y 2 ,2;‘5',)’
130) Cho hé L_i] * 6[5] =d=0 Khing dinh ndo sau day ding?
3lng.,(x—y) - 1

A. Piéukiénx >y>0.
B. H¢ dd cho ¢6 hai nghiém phén biét.
C. Hé di cho ¢c6 mdt nghiém duy nhat 1a (=1; -2).

D. S6 nghiém ctia hé da cho la 3.

D. HUOGNG DAN GIAl VA PAP AN
1) Chon C '

Sitdung «NEua>1thioa>pea®>a

«NéuO<a<lthia>B<>a® <al

Ta c6: 0 <+/3 —1<1va 2007 <2008 = (+/3 =127 > (/3 —1)2®%
2)Chon A. Tac6:272 4% =232 222 _ 932022 32
3)Chon C. Tac6:52 112577 =523 533 _ 5243333 _ 52 _ 95
4) Chon A

378 4. 50 ?H

S
4 1
& 2 s S 1 5 9 2 4
[3) -5(—2)’2+[3j 27y - + 4=+
2 3
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5)ChonB
Tac6:M =/(2V3 +1)2 =243 — 1)? =[2v3+1|-]2v3 -1
=23+ -(23-1)=2.
2| | 2!

6) Chon C. Tacé:/x’} —\[x x* —\/x4 —(x4 )"‘—x".

7)Chon A

Nhanxét: . (J5-2)(V5+2)=+/5? =22 =1
C(5 -2 =(5+2)7
Tacé: (V5 +2) < (V5 -2 & (V5 +2) <(J5+2)? & x <-2.
, |
8) ChonC. Pit: x =a? = x* =a. Ta cé:
( X+2 _x—2J.x+1 (x+2)(x-D)-(x-2)(x +1) x+1

x2+2x+1 x*-1) x (x+1)P2x-1) X
2x X +1 2 2

Tx+1)2x-1) x  x*-1 a-1

e 3 Pt
9)Chon A. Tacé:y= 3x =x3 =y =—;—x3 =%x3= i = 1

M=

10)ChonC. y =3/(3x —1)° —(3)(—1)3:>y=—(3x—l)2 (3x 1) =

i
11)ChonD. Tacé6: y=/cosx =(cosx)’
1

| 6 ;
=y’ = ;(cosx)7 (cosx)' = —%(sinx)(cosx) . .-

7 cos’x
12) Chon D

13) ChonD .y =log,x(1-x) xdc dinh khi x(1-x)>0< 0<x <1
. Tap xdc dinh clia ham s6 di cho 14 D = (0; 1).

14)ChonB .y =In

Xx4c dinh khi
3x-6 3x -6

. Tap xdc dinh cia ham s6 dd cho 1a D = (—w0; 0) U(2; + )
15)Chon A
.y =1g100(x —3) xdc dinh khi 100(x -3) >0 <= x >3

Tap xdc dinh cia ham sd ddchola D =(3; + ). Ciu A sai.
JAglO0(x -3)=1g100+ 1g(x —3) =2+ 1g(x - 3) (x > 3). Cau B dung.
. Khi x =4 =1g100(x —3) = 2 => d thi qua di€m (4; 2). Ciu C diing.
. y=1g100(x —3) c6 cd s& 10 > 1= y di cho ddng bié&n trén (3.; + 0)
Cau D dung.
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I() 2lo lo
16) Chon A. Tacé:a V* =(a) ' —(Ja) " =9,

' 1
Slog 57 8 —log, 7 dlog, 7 log, 7*

17)Chon B. Tac6:a * =a ?2 Za fal=g Bl =74
18) ChonC . Tac6: x* 20=2x220=>2x> +323>1

1
Nén lc)g2x3+35x S0 5x>2x° +3) ' =1 x >§ ;

l
' 19) Chon D. Tacd:log,(log, 4) = log,s(log,2%) = log, 2 = log,.2 = llog22 = e

20)ChQnB Ta cé: a\/a aJa —aVa a2 —a\/ a2 = \/a_2~ a“’~a‘0

. Do dé: log, (ayfadfava ) = 10gd(am)_l3

2log, _2*4]"834 2 _ 910g34+|ug32 :9l0538 _ 32Iug38 _ 3101;364 — 64

21)ChonC. M =9
22) Chon A. Ta c6:1g4000 = 1g4.1000 = 1g4 + 1g10° =lgd4 +3=a +3-
23) Chon C

24)ChonB. Vi 0<03<1va0,8<1=log,;0,8>logy;1=0
log,5
log,3

25)Chon A .log,,5=a & %log?,S =aelog;5=3a e =3a = log,5 =3ac

.10g37=b<:>—;—log27=b:>10g27=3b

log,35 log,7+log,5 _3b+3ac _3(b+ac)
log,12 log23+log24_ c+2 c+2

26) Chon A. Nhfdai: Néua >1thiy =a* ddng bién trén R.

. log,,35=

27)Chon A . y=(2a-1)" la ham s& mii khi 0 <2a 11 <:>—;-<a¢1

1 .
; Vdiae[—i; l)u(l; +00) thi y=(2a—-1)" 1a ham s6 mii

28) Chon B
.y =(a’ —a+1)* dng bi&n trén Rkhia’ —a+1>1<a’-a>0
<>a<0Ohodca>1

.Vdiae (—0;0)U(l;+0) thiy =(a’* —a +1)* ddng bién trén R.
29) Chon A ’

B6n ham s6 di cho, chi c6 haim s6 y = (l] va y= (—-l——] 12 nghich bién
A3 2
trén R. Hai ham s8 d6 chi ¢6 dé thi cia y =[—;—J 1a qua (-1; 3).
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30) ChonC

. 1 ” .
. Himsoy = =( : \ (*) nghich bién trén R khi 0 <

<
(1+a)* l+a) l+a
Iﬁ+a>0 (l+a>0
<::>1 a < 3 <>a>0
-2 07 la>0
1+a .
. Vay : V@i a € (0. + %) thi ham s& (*) nghich bién trén R.
225 L 2X _ )
31)Chon €, Tacé:limS——toolim&——Lo21=2.
x—0 X - 2X
AAx 2 AX 1y (a2x ax W2
T Chgi e i b =i S W= o0 e =1 oS —L.3,
X -l X X () X X -2{) 4x x -l Zx

limi__—l—— =lim il
Al m_z x-l X
34)ChonC. Taco:y=2"n"=2n)" =y =2n)" .In2x.

35)ChonD. Tacé:y =3"" = y' =(sin2x)".3""*.In 3 = 2cos2x. 3" In 3.
36) Chon B . y =2"m 20! = grimerens]

= y' = (sinx + cosx + 1)2"™ N 1n2 = (cosk —sinx). 2V 02

33) Chon D. (WX +4+2)=1(2+2)=4.

Ninlx

37)ChonA . y= X = = (sinzx)'c“"z" = 25'1nx(sinx)'c""2-“ =sin2x.¢e’
38) ChonD

.Tap xdc dinh: D=R

.Paoham:y'=e¢™* -xe* =¢ " (I-x),y=0=x=1

. Bang bién thién |

X —® 1 +
y' + 0 -
1

y /,////* e \\\\\\* ,

w 0
39)ChonB. y =log,,,,x dong bién trén (0; + ) khi2a+3>1¢>a> -1
40) Ch@n C. Ham s8 y = log, x nghich bi€n trén khodng (0: +®0) <0< 2 <

a

i

a>0 A0
= 2—a<()<:>{2—a<0

a
41) Chon A ( Xem lai Kién thifc cAn nhdndi dung 4. LO GARIT )
42) Chon B.
D4 thiy =log,x nim phia trén dudng d : y =2 khi log,x > 2 ¢> x > 9.

&a>2.
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43) Chon D
Bdn haim s6 da cho déu 1a ham s& déng bién trén tap xdc dinh cia nd.
Trong déchi céham s& y = log,(x + 1) 1a ¢4 dd thi di qua dié¢m (2; 1).

44) Chon A
+ BOn ham s¢ da cho chi c6 hai haim s8 y = ln| } vay = |lnx| c6 do thi di

qua diém (e; 1) va(l;0).
+ Tachony = \lnxt la ding (tudng w cdch 2 cau 77 Chu’dng [).

¥
¥

[} 1 ¢ i .,

45)ChonB. Ta c6: lim 2% _ gy In(1+5%)
. x 30 X x =0 5x
limlﬂ~(1+2x)
46)ChonC. Taco:limmir2X) _ox0 2x 51 5
) x—( SINX ]1 Slnx ]
x=0 X
In(1+3x)
47) Chon D. Tacé:nmw=3nm—1"——.=3-1=3.
x-0  tanx x—20 E.E_lﬂ |
X
7D RN :
(X" +x+1) 2x +1
48)Chon A. y=log.(x*+x+1)=>y'= - -
FERD d Bst A=y (x* +x+DInS  (x*+x+1In5
1
49) Chon B. f(x)mln(x +5)= f'(x )_(x +5) 22x f(1)“.‘=_
245 x*+5 6 3
3 +2inx
50) Chon C. y' =(3 + Inx)'Inx + (Inx)’ (3+lnx)—— lnx+— (3+1X) = "
X X

(x+e*')  l+e’ .
(x+e))In2  (x+e*)In2

51) ChonD. Tacé:y =log,(x +eh )=y =

‘ 1
§2)ChonC. | —
) Cho (25

53) ChonB. 2% *310 ] 20 #3210 _ 20 oy 42 L34 _10=0¢> x =2 hodc x = -5.
54) Chon C-

Nhdnxét: .(3-242)3+242)=1
34242 =(3-242)
1

(3-2v2)* =3+2V2 & B-22 ) =(3-2V2)" <:>2x=—1¢::>x:—~—2~

x+1 .
] =125 57D o (5 =5 o L2k +2)=6x > x =——
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55)ChonD.Tac6:3*. 2" =2 =3 2" 272 26" =36 > x =2,
56) Chon A . 3" +37 437 =95 1 5414 5% = 3%(3+3" +3")=5"(9+5+5%)

@(E) = &R ==

3 2-2x /q’ x-2)
57)ChonC. ( J [—8-) (—~) = L~] S2-2x=-3(x-2)=>x=4.
27 2 2
: -5 3
58)ChonC. Tacd: 3 = > —-:<:>x:8.

59)ChonB. 2 +m?’ - m=0¢6 nghiém < -m? +m > 0= me(0;1).
60) Chon C

x—1 k .\—i—--!— a2
Vdix#O.Tacé:[i] (i]xz—guo(é e i\ <:>x—1———l—:2
' 4 3) 16 \4 4) X
3¢413
2

ox?-3x-1=0x=
61) Chon A

4 62 1 8=0 12" -62"" +8=0=2"" =2 hoic 2" =4
< x=0hodcx=1.
62) Chon B

2x
2P -32% 2+1—0<:>22 —:}.2"”:0(*)

.Pitt=2">0,
, | t=2 [2*=2 [x=I
Tacé:(*)vié{lailét2~6l+8:0<::>[ c{ @[x
t=4 |2*=4
.Suy ra : T8ng hai nghiém ctia phiong trinh bing 3.
63) ChonC
Nhdnxét: . (J6-35 )(\/6+\/§3 -
. (\[6—\/33) = :
\

(M)‘

.Pitt=(y6-35)% >0.

. Phudpg trinh da cho viét lai t* — 12t +1=0(*)

e [t—6+\/_§ (V6-+35)* =(6-+35)"
t=6-v35 | (J6-435) = (6-+33)

.Suy ra : Tich hai nghiém clia phuong trinh bing — 4.

&SXx =12
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64) ChonB. .3"*+37 =10 & 3.3" +,§’;: 10

.Patt=3">0.Tacs: 3 —10t+3=0<t=3 hodct =

'in'—‘

65) Chon C

: !
- »l L 3)" 3 )
Taco: —9.4* —=5.6* +49* = () @4[5] _S[EJ -9=0(*)(vdix=0)

1

X

bat: l:(éj >0
2

1
(*)@412—5t—9:0<:>t=:9¢~ hodct=-1(loal) &> —=2x=
X
66) Chon A

. Phuong trinh hoanh dé giao dxem clahaiddthiy=2" vay=3-xl1a2" = 3 x (*
- Nhan thav (*) cé mdt nghiém x =1
- Ham s6 y =2* ddng bién trén R, y =3 - x 1a ham s& nghich bién trén

R, nén hai d4 thi trén cit nhau duy nhat tai mdt di€m c6 hoanh d6 x =1

X
2

= x = 114 nghiém cda (*). Toa do giao di€m can tim (1;2).
67) Chon D

Tacé: 8.3 +3.2" 324+ 6 & 83" -3)-2"3"-3)=0

& (3" -3)8-2")=0<3"=3hodc2" =8> x=1hodcx =3,
68) Chon C

Pit t =5 > 0. Phuong trinh di cho viét lai 1a ¢ +9l+—2—7—+2‘z:64

t! t

@(M—%T _fiestioed ot} —4t+3=()c:>[l=l @[X:O
t L ‘ t=3 X =logs3
69) Chon D
70) Chon A
+f(x) =2 >0, Vx = f(x) cO tap gid tri Yy, = (0; + o)
= (=0, )
+Ma Y, N Y, =& = Phuong trinh dé cho vonghi¢m.
71) Chon B ( Xem lai bai gidi ciu 66 )
Sai budc 2, do chwra chiing minh phuong trinh 572 =3 — x ¢6 nghiém

g(x) = -2x% +6x -9 <0, Vx = g(x) cOtip gidtri Y

g(x)

duy nhat.

72) Chon D. Tép hdp nghiém clia phvong trinh da cho la {O; %; 3}_
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73)ChonC. log,(3x-7)=3¢3x-7=8<x=5 [théa mﬁnx>§-]
74) Chon C
+ Thay x? +4x +12 > 0, Vx
+Taco: log_;(x2 +4x+12)=2x* +ix+12 =32
& x?+4x+3=0< x=-1hodcx = -3.
75) Chon A
+Piéu kién : In2x >0 < 2x > ¢’ :1<:>x>%

-1
i N
+In(In2x) = ~T <> In2x =e ' <> 2x=¢° < x=2

76)ChonB
.Piéukién:x>0

.10g2x+log4x+log,6x:7<:>(1+%+—Hlog2 x=7T<log, x=4x=16.

77) Chon D
x| xE=150  lx]>1
+ Diéu kién : o

x2 -121 X #+2

¥ 1
+108xz_,(2'\/5)=%<:> W2 =(x2-D2=Vx'-1x*-1=8 x = 13.

78) Chon B

+Piukién :x > 0.Tacé: log,x.log,x. logyx. log;.x = 81

<:>(lo x(llo x) llo x}(llo x)—y—
822g2 382/4&’2‘24

<:>log;x=81<::>log2x‘=4_r3<:>x=ghoacx___%,

79) Chon C

+ Diéu kién: x >0 _ |

+ log,x+ log,(x +3)=1 < log,x(x+3)=1 ox+3x-4=0x=1.
80)Chen A

+Pbiéukién:x # -}

A ]

+logﬁ|x+l|=2<:>‘x+l|=3¢:>x+l=i3<:>x=2hoécx=—4.
81) Chon D
+Piéukién:2" -1>0=x>0

| +log2(2"—])=—2<:>2"—1:%c>2" =%<:>x=log2§=10g25—2.
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82)ChonB  +Pifukién:0<x =1
+ x’log,xlog, 9=10-x = 2x" +x-10=0<>x =2
83)ChonD  + Pidukién: x >0

+ (log,x —2).log,x = %(!ogzx ~1) <> 2(log,x)* ~ Tlog,x +3=0
1 o
<> log,x =3 hoac Iogzx:—i < x =8 hodic x =22 = /2.

84) Chon A + Piéu kién: lag, % >0 < x>1
log,x >0
+ Bt t = log,x = 2t = log,x
- log,?2
+ Phudng trich da cho vi€t lai Ia log, 2t + log,t =2 <> lgg% +log,t =2
T 08,

= %(1 +log,)+log,t =2 & log,t =11 =2 QX-;@]&
85)ChonB + Piéu kién: 0<x #1

+log, 2+leg,x=2,5 &

+log,x =%<:>2(log2x)2 =Slog,x+2=0

log,x
1

< log,x =2 hoic logzx:% >x=4hodc x =22 =/2.

(2)
log,| —
—-x——+log§x=1<:>

log,3x 1 +log,x
(- log]x)[l —(1 +log3x)z] =0 log,x =1 hodc 1+ log,x = £l

86) Chon D + Piéu kién: 0 <x ;&—;

1-log,x

+ log,, (3)+ logix =1 < +logix =1
X

&x=3 h()zfacbx=l hozfacxz_l..

87)Chon A + Piéukién: O<x #1

1+ 2log,x

logi X

<> logx =142 o x=3"2
88) Chon C + Piéukién:0<x #10

+ log,(3x%). logl3=1 & =l loglx -2logx-1=0

+1lgix+1gx+1= < lg*x =27 <> Igx =3 <> x = 1000.

lgx -1
89) Chon B + Diéu kién: 0<x #1. Ta cé: log, (125x)logl.x = 1
2
< (log, 5+ l)[—;—logsx) =1 logix +3logx —4=0

<> logx =1 hodc logix=—4 & x=5 ho;‘_icx=5“_—__6_;.§
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+ Viy: Tich hai nghiém ctia phuong trinh di cho la TL

90) Chon A
Gidi : ix 2] logzx x—2 (I)
biéu klen x >0
Truong hopl: x>2
Ta c6: (1) o> (x~2)log,x =x —2 <> x =2 hoic log,x =1 < x =
Truong hgp2: 0<x<2

Taco: (D)<= (x-log,x=x-2 = log,x=-1 x=—;—.

Gidi: (x> —4)(log,x—1)=0 (II)
.DPiéukién x>0
(IHexP-4=0 hodc log,x=1<x=2(dox>0)

2
Gidi: logl5(4x)+log, ("?)zs (111

.biéu kién x>0
2

log,
2 =8 (- 2—log’x) +20g

(TID) & (log, ;4 + logy XY +-2B2

>
P4

< 3(log,x)* +14log,x 24 =0 logzx =—6 hoic log,x ——-%

=23

w | &

<:>x=*1— hodcx =2
64

91) Chon C. + Piéu kién:3* >% v 9*>6< x>log,6
+  logy(4.3" - 6)-log,(9" —6) =1 log,(4.3" - 6) = log,2(9* - 6)

& 4.3 -6=29"-6)=3%-23" -3=03 =3@x=le(0;%)-

92) Chon B . 2*** <(—}) 2% 7 <:>x+2<—2x<:>x<——§- haYXe(—co;—g)

93) Chon C. 62+ <2475 3% 5, 67" 6% o 2x +3<dx -5 x >4

2x-1>2

[2x-1| _
94)ChonD . 57225 & |2x 1|22o[2x_15,2

<::>)t{_>_2 hoi’;cxs——l-
2 2

. T4p nghiém ciia bat phudng trinh d3 cho 13 (wo; - %] u{%; + oo).

95) Chon B
Ax-2)

4% 2D g3 >52@4*(1-_%+Tlg)>52©4‘ >64<>x>3

. T4p nghiém cilia bat phudng trinh di cho 14 (3; + ).
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to

]\3,( l x-1 1 3x 1 2(x-1)
96) Chon A [~J <(—) @(—j <(—] S >2x-1) x>~
3 9, 3 3

. Tap nghiém cida bat phudng trinh da cho 1a ( -2; + ).
97) Chon B
L24+43) <2-V3) o 2+V3) <2+43)* o x <-4
.Tap nghiém cla bal phuong trinh d cho la (~o0; - 4).

x-3 ol B _x-
98)ChonD .(2+3 )1 <(2-43 )7 & Q2+V3 ) <2443 )
' ' x-3  x-1 (x-3)+x-1) 2x* -8x +10

&b < - & <0

<
x -1 x-3 (x-1(x-3) (x-l)(x—B)
<:>(x—1)(x N<0=1<x<3.
. T4p nghiém ctlia bat phudng trinh da cho 1a (1; 3).

99) Chon A .(2* -4 ).(x —2x ~3) <0 Q{z,‘“o hodic {2' ~4>0

X“=-2x-3>0 x? -2x-3<0
<:>x<2 - »_ hoic A2 <> x<-1hodc2<x<3.
x<-1hodcx>3 ~-1<x<3

. Tap nghiém cda bat phuong trinh dd cho 1a (—0; —1)W(2; 3).
100)ChonB 3.5 -2.5"! </ 3.8 2.8 ~1<0&5 <ex<0
. TAp ngniém ctia b4t phudng trinh da cho 1 (—; 0).
101)Chon B .Patt=3">0
.Tac6:3" +9.37" <10 L—?_<IO<:>12—1()t+9<0¢:>1<t<9
3«3 <3 = 0<x<2
MixeZ=x=1,

; I . |
1 x4 =3x=10 1 2 -
102) Chon C 3 > 5 xS -3x-10<x~-2
x?-3x-1020 x<-2hodcx 25
&ex-2>0 X >2 & 5<x<14

x> -3x-10<x*-4x+4 |x<l4
.er:>xe{5;6;7;,8;9;10;11;12;13}

.S8 nghiém nguyén cda bat phudng trinh dicho 14 9.
I

103)ChonB . Pitt= (%) (x 2 0)

2 1
= —+] ]
. (%Jx+3. (é—)x >12 @tz+t—12>0:>t>3<:>1—+i<0<:>~—1<x<0
X

. Tap nghi¢ m cda bat phuong trinh da cho la (- 1;0).
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104) Chon D

sY' (sY”
’ 5 2x 5 X (3] S(;) <2
L2519 >34 15 o 25[—) —34(—) +920 ) & [x <
3 3 (5]* x20
: =1 >
. Tap nghiém ctia bit phuong uirh da cho la (—oo; —2]U[0; +©).

105)Chon A . 1+2*" +3**" <6* @t‘(x):(é} +2(-§-) +3(-§) <1 (%

. Thay f(x) 12 ham s6 nghich bién trén R va £(2) = 1. Nén: (*) <> x > 2
. Tap nghiém clia bat phuong trinh di cho 12 (2; + ).

106) ChonC .Pat:t=3">0

.9 2m+1).3' -3-2m>0 ot -2(m+Dt-3-2m >0
St+Dt-2m-3)>0=t>2m+3(dot+1>0)

3
. 9"—2(m+])3"—3—2m>0,VxeR<:>2m+350<:>ms—§

107) ChonB .Pat:t1=3">0
| -4

. Bat phuong trinh dd cho thanh t* —3mt -4 - 3m <0 hay f(t) = s
' +
.9* -m.3**' ~4-3m <0 c6 nghiém < mi‘l)] f(h<m (*)
1>
3 2
¢ =102 o vis0
GBt+3)°

+ Bang bi€n thién

4
Viy:m>——-
1y 3

‘108) Chon A, Tacd:log,4x<3<=0<4x <8 0<x<2
109) Chon B. Diéu kién: x>0, Tacé: 3<log,x <4 2 <x<2' = 8<x <16

{x>0vx<—l | [x<—l

xoria L JXP+x>0
110) Chgon C . Bicu klc_n.{ X <2 0<x<?2

2x+4>0

xZ+x>-2x+4 {x2+3xw4>0‘
g =

108, « (X2 + X) <108, « (—2X + 4) <>
Bos . L -2x+4>0 Xx<2
(x <~4 hodcx >1

<:>{ & x<—4hodacl<x<?2

X<2

-Tap nghiém clia bat phudng trinh da cho 1a (-0, — 4) U (1;2).
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111) Chon D . Di¢u kién: x > 2

log;(x-2)>0 Xx-2>1
-logn[l(>g;(x—2)]>()<:> <

7 ‘ log,(x =2) <1

112) Chon C . Diéu kién: x > 0

< 3<x<h
X-2<3

r

Xx-3<0 Xx=3>0 ] ,
x=-3)gx+1)<O <« hoidc &> — <X < 3.
lgx+1>0 lgx+1<0 10

xeZ=xe{l;2}

.S6 nghiém nguyén clia bl phudng trinh 14 2.

1+ 2x 1 +2x
1+2X >0 >0 lh o 0
113) Chon A - Jog, <0 l+x2x PN 1+Xx F X<——2— 0dcC X >
X <l <0 -1<x <0
X X

1
D -l<x<——

: ]

- TAp nghiém cda bat phuong trinh di cho 1a (—l' 1 ]

114) Chon B . Piéu kién: 4x° -16x+15>0 <> x<é —.

log L(4x7 —16x +15) < 2 & log ;5 (4x” —16x +15) < -2
wsan; . -

4

<:>4x2—l6x+1528<:>'4x2—16x+720<:>xslhozf1cx21

- Tap nghiém cida bat phudng trinh di cho [—« o0; %} v/ [z, + oo] :

115) Chon B . Piéu kién : x B

3 3

+ — =

-log3|2x—3l<log_,5<:>0<|2x—3|<5<:> X 2 : = . 9
| ~5<2x-3<5 |-l<x<4.

-Tap nghiém clia bit phuong trinh da cho (-1; 4)\ {%} = cdu B la sai.

116) Chon A . Piéu kién: x > 0

‘logssx +6 <5log, x < logd s x —Slogy s x +6 <0 > 2 <log,sx <3

2
(1]2 1Y 1 1
| — >X>|— —>X > —-
2 2 4 8

-Tap nghiém cda bit phudng trinh di cho 1a ( L )

@y
3
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117) Chon B

. Pidu kién :2008x —x2 >0 <> 0 <x <2008 (1)
f’(x):-—zoo———g—_—ziz>0‘c>2008—2x>0¢:>x<1004 (2)
2008x - x

-(Iva(2)=0<x <1004

. T4p nghiém cia bat phugng trinh f'(x) > 0 da cho 1a (0;1004).
118) Chon C . Bidu kién: x > 0

Chi y: x"® =7%

LT 4% 598 = 7T > 49 & Igx >2 < x> 107 =100
- T#p nghiém cta bat phuong trinh dé cho 1a (100; + ).

119) Chon A . Sai tir budc 1, bai gidi diing 1a

1+2§>0- l+'2x>O 0

Budcl: (*) < 1“2" e 2“"
X3 X0 @
1+x 1+x
x<-1

Budc2: (1) 1 3)
X>——

) x<-2 hoicx>-1 " (4)

T (3) va (4) = x < -2 hodic X >——;—

Budc 3:

. ’ 1
Vay : Tip nghiém cia bat phuong trinh (*) la (=e0; -2) U [— ~2~; + oo}

120) Chon C
{3x=1 x:o
L 343 =4 |3 +3 =4 3 =3 y=1
CéQM' {x+y=1 <:>{3".3’=3<:’ 3"=3c> {x=1
=1 =0
A .,\l ” A | & 31+3y;:4 N
-S6 nghiém cua hé phudng trinh {x+y=1 1a 2.

Cdch2: T x+y=l=2y=1-x
. Th€ y=1-xva03* +3' =4tadugc 3" +3'" =4 3% -4.3°+3=0
<::{3"=1<:>|:X~—-IO
3":3 x=1.
X Y
3+3 =4 2.

.6 nghiém cda hé phudng trinh {x iy=l
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3*. 3% =81 34 =3 (x42y=4 [x=-2
12]) Chan ) {C’Hy‘ C*Zy :0*5 < {es—y :e—5 c>{X—y =i “SQ y =3

He R 3*.3% =81 5 ma. i _
- Hé phuong trinh " 17 , ™ 5 c6nghi€ém la (-2, 3).
e e =g
u=3">0
122) Chon B - bit y
: lv=82>0
‘ 3_1__8y=77<:> u2_v2:77<:> u+v=ll© u:9®
) 3 -8 =77
- S0 nghi€ém cda hé phuong trinh y la 1.
3" -82=7
123) Chon A ( tuong tr cach gidi cau 120)
) 31_2)’:972 X:y+3 x:y+3 X=35
124) Chon D {x—y=3 6{3’*3.2’=972®{6’£36<:>y=2.

X y
. Hé phuong trinh {i ;3 _*3972 ¢6 nghiém 14 (5; 2)

125) Chon C |

- Gidi 3" =4 —x ta dugc nghiém duy nhat x =1 ( tudng tf cch ciu 56 )

. ThE x=1vaoe" " ?=e' tadugcy’ +y-2=0<y=1hoicy=-2
3 =4-x

- S nghiém cida hé phuong trinh QY rey-2 _

1 1a 2
€
126) Chon B
-Piéukién:x>0vay>0 ‘
2log,x —log,y=0 |log,x =log,y X=Yy x=1
‘Taco:q , 5 <9, , &y, &
X" +4=>5y X" +4=>5y y =1
2log,x-log,y=0
-S6 nghiém cda hé phuong trinh ng fz)’ Ia
x" +4=>5y

127) Chon A
.Thé (x;y) = (4; 2) vao hé thiy thda min, nén chon A.
-Ta ciing c6thé gidi cdch khdc

+ Piéukién:x>y
3%.2Y =324 {3*.2Y =324
= _

log ;(x—y)=2

( twdng W cdch gidi ciu 124 ).

X—-y=2
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128) Chon C - Diéu kién : x > 0.

y =1+log,x o y=1+log,x - log,x=y—-1 (1)
x¥ =64 log,x” =log, 64 ylog,x=6 (2)
- Th& (1) vao (2) tadudc: y> —y -6 =0 y=-2 hoacy =3

. H¢ phudng trinh ﬁfl;‘k’gzx ¢6 nghiém (4;3) va (é —2)

- Ta c6: {

129) Chon B
-Th& (x;y) = (4;4) vao hé thdy théa man, nén chon B.

-Ta ciing c6 thé gidi cach khic

- Véix,y>0:
2log,x +log,y =4 log,x +log,y =4 log,(xy) =4
2 2 : <~ 2 2 < 5 5
Xy216 xy___l6 . Xy=i()
{(X+y)2m2xy=32c>{x+y=3 hodc {x+y=—8

+ Gidi {iyjyi_(’g : X, y 12 nghiém cia X> -8X+16=0 X =4

+ Gidi { 3;:16

hy =g+ % 1a nghiém clia X° +8X +16 =0 > X =4 (loai)

2log,x +log,y =4

N yz _39 c6 motL nghi€m (4; 4).

- H€ phuong trinh {
130) Chon C

+ Thé (x;y) = (=1; - 2) vao hé phuong trinh di cho thay thda min. Chon C.

+ Bai gidi cu thé

- Diéukién: x-y>0c>x>y

5\ 2 ey 2x-y 5 x-y

2
(5} +6(§) ~7=0 (%) i :lhoéc(;) P oreg
3lugf,(x—y) :] logg(x __y) =0

2X'—y:0 x:_l - = - R A
<> = ( thoa min di€u kién ).
y
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Chuong 111
NGUYEN HAM,
TICH PHAN VA UNG DUNG

A. KIEN THUC CAN NHG

I. NGUYEN HAM
1. Khai niém
Pinh nghia
~ Cho ham s f(x) lién tuc trén khodng I. Ham s& F(x) dudc goi 12 nguyén ham
cta f(x) rén I n€u F'(x) = f(x) vJi moi x thudc L
Pinh li
Gia str ham s& F(x) 12 mdt nguyén ham cia him s6 f(x) trén khodng L Khi dé
a) V3i mdi hiing s6 C, ham s& G(x) = F(x) + C ciing 14 mot nguyén ham cia f(x).
b) Nguge lai, n€u G(x) 1a mdt nguyén ham bat ki clia f(x) thi ton tai hing s6
C sao cho G(x) = F(x) + C v6i mot x thudc L
« Ho t4t cd cdc nguyén ham cida f(x) 12 Jf(x)dx =F(x)+C, trong d6 F(x)
12 mot nguyén ham ctia f(x), C 1a hing s6 bat ki.
. Bang cac nguyén ham
Nguyén ham cia mjt s6 ham s6 thudng gip

. |[kdx =kx +C(keR) fardx=2—+c(o<az)
[ . Ina
. a+l .
. Ix%dx = +C(azx-1) . fcosxdx =sinx +C
¥ a+l .
. .ldx=-1n|xi;%~C(x¢D) . {sinxdx = —cosx +C
-x o
e dx e dx
N==2vx+C “a =tanx +C
I Vx J cos’x
ferdx=e*+C '. s—=—cotx +C
. 7 sin“x

Ngoai ra con mét 8 céng thic ciing thudng gdp 12

a+l
; J(ax+b)“dx:l-M+C (az0,a2-1)
a o+1

J. l dx=iln|ax+b|+C
ax+b a

129



X je“**“dx = le:""“**’ +C (a=0)
a

. jsin(ax+ b)dx = - lcos(ax +b)+C (a=0)
a

. Icos(ax +b)dx = isin(zui( +b)+C (a#0)
a

2. M{t s tinh chat co ban clta nguyén ham
Dinh li

Néu F(x) 1a mot nguyén ham cia f(x) va G(x) 1a mdt nguyén ham ctia g(x) thi
a) j[ £(x) + g(x)1dx = jf(x)dx + j g(x)dx = F(x) + G(x) + C;
b) V6i moi s thuca =0
[afodx =a [fx)dx =aF(x) + C.

3. M6t s6 phuong phap tim nguyén ham
e Phuong phap doi bién so
Pinh li

Gia sif u = u(x) 12 mdt ham s& ¢6 dao ham lién tuc trén khodng I sao cho him
hdp flu(x)] x4c dinh trén I. Khi dé6 ta cé

[ flueon'odx = Flul+C (9

& Jd5 F(u) 1a mot nguyén ham cia f(u).
Chd y: TXu= u(x), ta ¢6 du =u'(x)dx va flu(x)].u'(x)dx = f(u)du
Vi viy, cong thitc (*) cé thé viét gon nhu sau: If(u)du =F(u)+C.

e Phuong phap lay nguyén ham tung phan

DPinhli .

Né&u u(x), v(x) 1a hai ham s c6 dao ham lién tuc trén khoang I thi
| ju(x)v’(x)dx =u(x).v(x)— |v(x)u'(x)dx.

Hay (judv=uv- Ivdu.

M8t 8 dang thudng gdp
Véi P(x) chi m6t da thiic vaa=0

Dang1: jP(x)e“*"dx , J'P(x)sin(ax +b)dx, jP(x)cos(ax +b) dx
Patu=P(x) , dv=e"*"dx
( hodc dv =sin(ax + b)dx , dv =cos(ax + b)dx )

Dang 2 : IP(x)ln(ax +b)dx (Pdtu=In(ax +b), dv=P(x)dx)
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I1. TICH PHAN
1. Binh nghia

Cho ham f(x) lién tuc trén khodng I va a, b 1a hai s6 bat ki thudc I. Néu F(x)
12 m6t nguyén ham cda f(x) thi hiéu s§ F(b) - F(a) dudc goi la tich phén cia

h
£(x) tif a dén b va ki hidu 1a j f(x)dx

Chu y: + Tacé thé dung ki hiéu F(x)

" dé chi hiéu F(b) - F(a). Nén

b
If(x)dx = F(x)’: =F(b)—F(a) (ala cin duédi, b la cin trén )

b b b .
+ ffoodx= ffwdi= ffwdu = =Fb)-Fa).

2. Tinh chat cla tich phéan

Cho cdc ham s6 f(x), g(x) lién tuc trén I va a,b,c1a ba sd bat ki thudc I

8 ?f(x)dx =0 . ?f(x)dx = —?f(x)dx
P a ) b
. [f(x)dx :} f(x)dx + lff(x)dx . tj’kf(x)dx = k?f(x)dx viikeR

b
A , .
o [[f(x)+g(x)])dx = [f(x)dx + [g(x)dx.

3. M4t sé phuong phap tinh tich phan
e Phuong phap doi bién s6

b B
Cong thifc d6i bién s6 jf[u(x)]u'(x)dx = jf(u)du (**)trong dé ham s6 f(x)
a a
lién tuc va ham s6 u= u(x) c¢6 dao ham lién tuc trén khodng J sao cho ham hgp f
[u(x) ] xdc dinh trén J ; a, b1a hai s& thudc J va o = u(a),p = u(b).

Phuong phédp 461 bién 68 thudmg 4p dung hai c4ch

b
C4ch1:Gia sir tinh [g(x)dx
+ Néu phéan tich g()g)dx thianh dang flu(x)]u’(x)dx = fu(x)]d[u(x)] thi theo (**)

p
ta ch Tg(x)dx = j'f(u)du véia =u(a), p =u(b).

g
+ Ba: todn quy vé tinh [f(u)du ( tinh tich phdn mdi ndy don gidn hon ).
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Cdch 2 :Gia st tinh ?f(x)dx

+ N&u x = x(1) va a. b théa min o = x(a), B = x(b) thi theo (**)
ta cod Ij'f(x)dx = ? flx(O)]x'(Hdt = }g(t)dt
( tinh tich phan mdi ndy don gidn hon ).

e Phuong phap tich phan ting phan

Pinhli: N&u u(x), v(x) 1a hai hAm sd c6 dao ham lién tuc trén khoang Iva a, b
y h

b
12 hai s& thuoc I thi Iu(x)v'(x)dx = u(x).v(x)’r ~ J.v(x)u'(x)'dx.
III. Y NGHIA HINH HQOC CUA TiCH PHANVA UNG DUNG
1. Y nghia hinh hoc |
Cho ham s3 y = f(x) lién tuc, khong 4m trén khodng I va a, b 12 hai s8 thudc I
(a < b). Dién tich S cda hinh thang cong gidi han bdi db thi ham so y=f(x), truc

b
hoanh va hai dudng thingx =a,x=bla S= If(x)dx.

2. Ung dung cua tich phan

o Tinh dién tich hinh phing

. N&u ham s6 y=f(x) lién tuc trén doan
[a; b] thi dién tich S ctia hinh phing
gidi han bdi dd thi hAm s& y=1(x), truc
hoanh va hai dudng thing x =a,x = b

b
las= flfoldx.

. Dién tich ctda hinh phdng gidi han bdi » 4
cdc d6 thi ham s6 y=f(x), y=g(x) va
hai dudng thing x=a, x=b (a <b)

b
1as = [|fcx) - g(xfdx.

o Tinh thé tich vat thé ik

Thé tich cia phin vit thé B gidi
‘han bdi hai mit phiang vudng géc
v6i truc Ox tai cdc difm a va b

h
V= J'S(x)dx. o
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Trong d6 S(x) la dién tich thi&t dién cta vat thé bi cdt bdi mit phidng vudng
géc vdi truc Ox tai di€ém c6 hoanh dd x e [a;b]va S(x) 1a mot ham lién tuc.

e Tinh thé tich khéi tron xoay

. Cho ham s0 y = f(x) lién tuc, khong 4m
trén [a : b]. Hinh phing gidi han R do thi
ham $0 y = f(x), truc hoanh va hai dudng
thing x = a, x = b quay quanh truc hoanh tao
nén mot khoi tron xoay (hinh vé ).

« Thé tich V dudgc tinh bdi cong thic ;.

v:njfz(x)dx.

. Hinh phing gidi han bdi d& thi ham s&
x=g(y), truc tung va hai dudng thing y= c, y=d
quay quanh ‘ruc tung tao nén mot khdi tron
xoay .Thé tich V dudc tinh bdi cong thifc :

d

V=mn Igz (y)dy.

B. BAI TAP CAN BAN

§1. NGUYEN HAM
Bai 1. Tinh cdc nguyén him cia cdc ham sé’ sau:
a) f(x) = (x + 2)(x* - 2x +4) b) f(x) = ¥x +—
&
2
)f("’()"(*)iJr 2) d) f(x) = 2sin® 2 X
x> 2
Glél
a) f(x‘"(X'? 2)(x _2x+4)=x> - 4
= [xdx - X _
ff(x)dx:j’(x' —_8)dx~J. dx SIdx— T 8x +C.
g 1
b) f(x) = f+i__x‘3 X2 (x>0)
L 1
kS X3 X 2
jf(x)dx- J‘(x'j +X 2}:];(— Ix Jx i- de— + +C
1 1
§+1 _—5+1

:%Qfx-“+2\/;+€.
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2 x'+4x+4 ,
(X+2) X" +4x+ "1+-§;+-A}; (x = 0)

¢) f(x)= = : =
X d dX" X X~ 4}(' 5

fiooax =1+ af S a] S =l 2 -Sc
X X X X

d) f(x) = 2sin’ L I —cosx = [{(x)dx = [dx - [cosxdx =x —sinx +C

Bai 2. Tim
2008 b) [——j—~(~i«-}«(——2—~ ¢)ftan’® x dx d)[(1+e¥).e*dx
SIn“X. COS™X
Giai
a) [ 2008 dx = 1004[(————-~—-\ dx = 10()4j——-—dx ~ 1004 dx (x = xI}
x? x=1 x+1 X —1 x+1
——10041n\x—1|-10041n|x+1|+C_10041n l+C.
X +
b) [— dx = I(sm ks x)d —j———dx+j———dx—tanx cotx +C
sin“X.:€os™X sin’x. cos’x COS™X sin“x

(x ¢E+kn, xzkn keZ)

dx — [dx =tanx - x + C.

1
c)Ilanzxdx=J[ 2—1]:[ -

COS“X COS“X
d)[(1+e™).e’dx=[(e’ +e7" M )dx =Jc’dx + [dx=¢" +x+C

Bai 3. Tim nguyén ham F(x) ctia ham s8 f(x) = x” + x thda F(1) =0

Giai
4 2
Ta c6:f f(x)dx = [(x* +x0)dx = [xdx + [xdx = % + X1 C=F)
MéF(l)=0<:>i+~—l-+C:O<::>C::~:_
4 2 4 1
x* x* 3

Vay: Nguyén ham clia hdm sg cin tim 1 m):—i~ e
{ e

§2. MOT SO PHUOGNG PHAP TIM NGUYEN HAM

‘Bai 4. Tinh cdc nguyén haim cda cdc ham sd sau :
o a)fx) ) = (2x 4 3y b) f(x) = sin’x. cosx
P

I S S
Giai

Phuong phdp ddi biér 55
a) Patu=2x +3=>du= 2dx
i (2x +3)°

Ta co: Jl(X)dX L‘j(?.f; b 3[; dx - -l J(u‘:'(ln : e b C e
' = ) B
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b) Bit u =sinx = du = cosxdx

Ta cé: [f(x)dx = [sin’x. cosxdx =[u’du :26_ +C=

g B sin®x

+C

| Bai 5. Tim
a) [xVx® +1dx

20 i
DAL
X

b) [2xe™ *'dx

d)|

COSX — 3sinx

sinx + 3cosx + |

dx

Phuong phdp d8i bién s&
a) Patu=x’ +1 = du=2xdx. Ta cé:

[xVx? +1 dx—lj\/adu:

T
P

b) Pitu =x* +1 = du=2xdx

Tacé:[2xe* 'dx =[e'du=¢"+C=¢*"' +C

¢) PBitu=Inx :>du=~1~dx

Taco: |

2008 + In’x

X

Ly
1w
2 ~l—+1
2

Giai

3

: [2 L 13
+C=\/u—3+C:-g—~iQ-+C

dx = [(2008 + u?)du = 2008 du + fu’du

= 2008u + "? +C =2008Inx +

3

d) B3t u =sinx + 3cosx + 1 = du = (cosx —3sinx)dx

(Inx)*

+C.

Tacé: [—2— IR = Ii‘i = InJu| + C = In|sinx + 3cosx + 1|+ C.
sinX + 3cosx +1 u
Bai 6. Tim
a) [ xe*dx b) [ xcosxdx ¢) f xInxdx d) [ x*sinxdx
| Giai

Phuong phép 14y nguyén ham timg phﬁ‘n fudv=uv- Ivdu
[du=dx

u=x

a) bit {

dv =e*dx :’\v =e"

Tacéd:[xe*dx =xe* - [e*dx=xe* —e* +C=(x~1)e* +C

[

b) bt
e 4Ldv=cosxdx

"

du =dx

v = sinx

Ta c6: [ xcosxdx = xsinx — [sinxdx =xsinx + cosx + C.
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u=Inx X
c) bit ==
T ldv=xdx x2
: V=-—
2
‘ 2 ‘,2
Tacé: jxlnxdx——-x—-!l—lz{-——j xdx E—L‘E——K—:;(Zlnx~l)+C.
2 2 4 4
= du = 2xdx
@ypat V=X I
dv = sinxdx V = —COSX

Tacé:
[x?sinxdx = —x’cosx + 2] xcosxdx = —x*cosx + 2(xsinx + cosx) + C.
(4p dung két qué ciu b))
Chid ¥ : V@i céc tich phin c6 dang ( véi P(x) la mdt da thic theo x )
. [P(x)e™*"dx ; [P(x)sin(ax+b)dx ; [P(x)cos(ax +b)dx

ta 14y u = P(x) va phan con lai 1a dv
« [P(x)In(ax + b)dx , ta 14y u = In(ax + b) va phn con lai 1 dv

§3. TICH PHAN
Bai 7. Tinh cac tich phin sau:

. 2 2
a) i(x3 +3x + 1)dx h)f[x—r%) dx c)}(x\fgwl}lx
R 1 0

3
2x? +x+1 e) [|x —2jdx 16 dx

R 5 N i

| Giai

o4 2
a) [(x +3x +1dx = jx dx +3dex+ [dx =(§4—+3—;—+x]

-1

4 2 4 2
2[5___+3.2 +2J_[(—1) G +(_])J:i5_
4 2. 4 2 4
2 .
b) f(x+2) dx = (x +—+4}1x jx2d>c+4[dx 4?dx
| 1 X

1 X X |
9 3 3
S [ SIS B B S 22
! 3 2 3 1 3
5
2

c)](x&—l):jx=j[}(x )dx jx 2dx - jdx— 2—xi—)( E;—‘/—:—2

0 5 5
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2

2 2 2
d) [x rx+ly ][ : ]dx jxdx+j = i(—+ln|x+1| |
Tox+l o 0 x+1 2 I

|X+l

243t _n2=34m>.
2 2 2
3
e) [|x —2|dx
-3
Xétdau x -2
X l“ 2 3 4+
x=2 ' - 0 +
3 2 3 x2 . x2 3
Jx=2|dx = [[x —2|dx + [[x-2]dx =| - —+2x || +]=—-2x
-3 -3 2 2 2
-3 2
+(—3)

-3)+ —~6 2+4=13
2

'6 dx ‘6(Jx+9+J—) l"’
= J +9dx+— \/-dx
u\/(+9——\f,( b X+9-x I

( 2 3 Yie
2 2
2(x +9)2 2x ___1(53+43_33):]2
9; 3 3 27 ‘
\ 0
Bai 8. Tinh cic tich phin sau:

: 3
3 b —3sinx |[dx
a) [tan’xdx )_{I(COSZX )
0 4
Giai
3 3 c
a)[tan xdx—j(tan x+1-1)dx = f( 1 —l)dx | d’; —fdx
0 0 COS X 0COS X
=(tanx—x);=l-£-
0
"} 4 Lk
b) I( 2~—3§mx)dx (41anx + 3cosx)| ¢
a1\ COS°X 3
4

—4tanZX + 3cos“1[———4tan(—£)+ BCOS(—E)
4 4 4 4

432, 32 o
2 2
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Bai 9. Tinh cdc tich phéin sau :
3

a) 1< cos2x dx "~ b)

0

‘O it (A

[sin‘ii ~cos* i)dx
-2 2
Giai
2n 2n n 2n '
a) [ V1-cos2x dx =2 | lsinx| = V2 [sinx dx — /2 [sinx dx
0 0 0 n
=44/2.

2 2
b) j[sin" X cos® ijd = (sin2 X cos? X | sin? X 4+ cos? X lax
o2 2 WU 2 2N 2T 2

n
= -2 CcosX +«/—2—cosx
0

2n
x

2 L
= —[cosxdx = —sinx|? = -1.
0 0
2
Bai 10. Tinh: | — "> _dx
0X" +4x+3
Giai
Ta c6: 2x +3 2x +3 A B

= = +

x2+4x+3 (x+D(x+3) x+1 x+3

Trdé2x +3=(A+B)x+3A+B (x#-lvax#-3)

Can biing cdc hé s6 clia céc liiy thita cling bic ciia x ta thu dugc

A+B=2 1 3

3A+B=3—"A=5-B=3
Suy ra:
2 2 2. 2
——zzu—dx=lj Gx 2 piox =l(ln|x+1[+31n}x+3|) :—l-lnzi-
0X“+4x+3 20x+1 20x+3 2 o 2 9

§4. MOT SO PHUONG PHAP TiNH TiCH PHAN

Bai 11. Tinh cdc tich phan sau:

2 |
-~ a)[(x® =1’ xdx | s b) [xvx® +1dx
| 0
1 X +3 2 2x+)
¢) [ ————dx d)| == U
)£x2+6x+1() _ 0vx? +x+3
Giai

Phuong phdp dbi biéh s8
a) Patu=x’ -1= du =2xdx
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bé61 cin

X 1 1 ;
ulo 3
2 613
Taco: j(x3~i)5xdx:lj Sdu = — -
| 20 1200 12 4
b) Pat u =x* +1=>du = 2xdx
Péi can
X l 1
u l 2
| 12 17
Tacé: [xvx? + ldx =5N_ :%\/U_E'O:%Q\E—l)-
0 1 '

c)Balu=x2+6x+10:>du:2(x+3)dx:.>(x+3)dx=d—2u—

Pdi can
x| 0 I
u |10 17
| ’% 17
Tacé: I———————x+ dlejgE :ll |u! :llng-
ox°+6x+10 20U 2 o 2 10
d)Patu=x"+x+3=du=(2x +1)dx
Pdicin
X l 0 2
u| 3 9
2 9du ¢ _1 9
Tacé:j——z—x:—l_——dx j—u j u=2u| =6-2+3.
0vx? +x+3 3Vu ;
Bai 12. Tinh cdc tich phin sau:
1 1 N
a) [e”*'dx b) [2xe* 'dx
0 0
Giai
a)Ditu=2x+1=du=2dx
Pdi cin
X | 0 1
u | 1 3
1 3 u
Ta ¢6: jez""'dx:—l—je“du:e— =—(e’-e)
nt 23 2

Luuy: Hoc nhd Ic“‘*hdx =le““h +C(a=z0)
a
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b)DaluzX2+l:>du=2xdx

P&i can
x| 0 1
u I 1 2
| » 2 2,
Taco: [2xe™ Vdx =[e"du=e"| =¢ —e.
0 i ) i
Bai 13. Tinh cdc tich phdn sau:
x
2 3cos’x
P by J S dx
a) | cos’xsinxdx x Sin“x
0 6
A z
2 2
¢) [sin’xdx d) [¥/1 - cos’x.sinx. cos’xdx
0 0.
Giai
a) bat v = cosx = du = —sinxdx
Pdi cin
T
x| 0 —
, 2
u ‘ 1 0
z
Tacé: [cos xsinxdx =—fu'du=—| =—
1 4 0 4
L x 4
3 cos’x 31-sin’x 3
b) Tacé: [——dx = [———cosxdx = | -1 |cosxdx
x Sin“x x sin’x x\ sin’x
6 6 6

Pit u =sinx = du = cosxdx
P6i can

L4
2

2 2 5 \2 .
¢) Ta c6: Ism xdx = f(sm x) 51nxdx=j(l—cos x) sinxdx
0

0 0
Pit u=cosx = du = —sinxdx.
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A’P‘ ~
P61 cin

0

X

T
2
u | I 0

n

S 0 S\
Do do: jsin’xdx:——j(lmu2 7du: u._gu3+E_ 2_ {: 8 _
0 1 3 S jjo 3 5 .15

d)Piatu=%Y1-cos’x = u® =1-cos*x = 6u’du = 3sinxcos?xdx

. 2 5 ~ 3 6
= sinxcos xdx =2u'duvacos'x=1-u

Pé6i can
x | O z
2 :
u l 0 1
: — | L |
[%/1-cos’x.sinx. cos’xdx =[u.(1-v®).2u°dn = 2] udu —2[ u'*du
0 0 0 0
(v w2 2 12
7 13 0 7 13 91
Bai 14. Tinh cdc tich phan sau:
¢ 4 gf .
a) jl—ﬂgdx b) [lsin’x + "™ )cosxdx
X 0
)ln2(2 et d)}c{_d
c +e*) edx X
{ I
Giai
a)Dalu:lnxndu:idx
X
Pdi can |
x | 1 ks
u | 0 1
& 4 1 5\ .
Ta c6: !1+ln xdx:j(l+u4)du: At :l+i:§-
X 0 S Jo 5 5

b) Bit u =sinx = du = cosxdx

Péi can

X

—~ NN

0
u|0
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lzr- | 3 1 3 |
Tacé: J'(sm x+e"“")cosxdx=[(u +e”)du =(u’du+[e"du

0 0 0
(U4 u}] 0 3
=l—+e =—+4+e-€ =€——-
4 0 4
c)Pitu=2+e" =>du=¢’dx
P3&i can _
X | 0 In2
| 4
In2 wtle 1 175
Tacé: | 2+e*)e*dx=[uldu="—| = (256 -81)= 2.
J@+e f | = ==
1 dx
d)Datu:&:dw—_—dx:zdu—
2vx \/;
Bdi can
x |1 4
ul 1 2
4 J‘
Ta cé j' udu 2e" -2(e —e).
1 VX
Bai 15. Tinh cdc tich phan sau:
: -
o 1 2 dx 2 dx
a b) [v1-x%dx c) I___‘"__ d)
)([1+x )(I, Jixx?-1 0y1-x2
Giai-
L8 7[\ 2
a)Pitx=tant|te| ——;— [|=>dx = —=(1+tan tdt
2 2 cos‘t -
X 0 |
n
t 0 —
4
! E 1 % rom
Taco: j = (1+tan’t)dt = [dt =t/* =—-
ol+x? ol+tan’t 0 o 4
b) bit x = sint (t € [——ggD = dx = costdt
Pdi can
X ‘ 0 1
T
t 0 —
: 2
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n

7[.
o 4

1
Ta c6: j'\fl- jcos ld[—-~](l+cos2t)dl“ (l+—2—s1n2l]

¢) bat x:——l_([e[o;f)]::»dx LT
cost 2 cos’t

Ddi cin
x‘ \/5 2
o 3
4 3
r sint dt % - = .
2 d 3 . Igintdx 3sintdt 3 -
Tac6: | j = ILOSt ]Slm [T Isu_ll = jdt=t’
JAxxi-1 =~ Y i~ 2 s1n n SIn n !
XVX 3 eoslt 1 —cos“t ’ 3 ; 4
_m m_=m
3 4 12
d)Patx =sint| te| - =; = | | = dx = costdt
73
Pdi cin
x| O L]
2
T
t 0 —
6
! n x x
2 6 __cost cosl
Ta cé: d—[dl—tﬁ—
I\}l— 0\/ —‘;ml 0 |C°St| o 0

Luuy: LAm mAat ciin nhd

« Dt x =asint > Va® —x? =|a| [cost|( c6 thé dat x =acost )

.Pit x =atant —» ya® +x? lal (c6thé diat x =a.cott ).
‘ |COSl|

-Batx“—g—-a x? —a? nlal ltantl(colhedalx——aﬂJ x
cost sint

Bai 16. Tinh cdc tich phin sau:
a) [xe™dx b) [x’e*dx ¢) [(1-x)sin3x dx
0 0 0
5 n ct
d) [x*In(x — 1) dx e) [e*cosxdx f) [cos(Inx)dx
2 0 1
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Giai
b b

Phuong phdp tich phdn'timg phin Iudv =uv :— jvdu
- —_— du=dx
i {dv —e™dx  |v= %ez’
1 |
Tacé: {xe**dx _ L e —l[ez"dx :[lxcz" —102") l
0 2 0 2% 2 4 JI°
= ~l—ez i lc2 + 1 = l(c2 +1).
2 4 4 4
_ (‘] .2 du =2xdx
bpit < "%, = 31,
dv=e"dx V= > €

Lo 1

Tacé: [x*e*dx = x’e™
0

(st dung két qua céu a)

b 1, 1 , | R
—Ixe“dx=—¢"——(e¢"+ D) =—(e¢” -1).
"!) 2 4(- ) 4( )

d=1-x du=-dx
=l
¢) Bit {dv =sin3xdx V= —%cosSx

P s L

= 16
6 —— fcos3xdx
0 3 0

-~

)

(1-x)sin3xdx :(%(x — l)cos?»x)

S m

= —l—(x —1)cos3x —-l—sin'3x)
3 9

W |
e N

1
=——+
9

du:(x—l)dx: . dx

., Ju=In(x-1) x—1 x—1
d) bat ldv =x*dx = _i
3
s 3 130 =D +1
Ta ¢6: [x? In(x 1y dx = -tz - L& =D+ 4y
2 3 12 31 x~1
5
=5-2-§1n4—l[[x2+x+1+—-1-—-)dx
3 32 x—1
3 .2
ey X X iximfx— |5212—41n4—-3-’§--
3 - 213 2 2 3 2
U = COSX" du = —sinxdx
e) bat {dv:e"dx {v:e"
Tacé: [e*cosxdx =e*cosx ; + [e*sinxdx (1)
0 [))
| 1
.. |u, =sinx du, =cosxdx
bat % = 2
dv, =e™dx V,=¢€
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" }c‘cosx dx (2)

[ =c¢'sinx |
0]

n 1
T (1) va (2) suy ra [e*cosxdx = E(e"cosx + e"sinx) 1:; =
0

) Bat {dv =idx X

n
¢

Taco: [ cos(Inx)dx = xcos(Inx)
]

|
u = cos(Inx) - {du—sm(lnx)dx

v=X
¢

lcﬁ + | sin(lnx)dx (1)
|

S S
|

. 1
u, = sin(Inx) — du, = —cos(Inx)dx

=l {dv, =dx X
¥ =%

n
(&

I = xsin(Inx)
1

- Lf cos(Inx)dx (2)
|

Tu(l)va (‘2)suy ra
jcos(lnx)dx = %(xcos(lnx) + xsin(lnx)) ; = --;—(e" +1).

I <&

1
= (e +1).
2( )

Bai 17.Cho n la s8 wy nhién. Lap cong thifc quy nap cho:

p 3
a)l, = [sin"xdx b)I, = [tan®"xdx
¢ 0
¢ |
¢)1, =[ln"xdx d)I, =[x"vI-xdx
I 0 7

a) Phuong phdp tich phdn timg phén

Dt {u=sin"' X {du:(n—l)sin“zx.cosxdx
" |dv =sinxdx vV = —COosX
n
i 2
2+(n-1)[sin" 2 x. cos’xdx
0 0

Tacé: 1 =-sin""' x. cosx

s

2 soan=2 : 2
=(n-1)[sin""* x. (1 —sin“x)dx
0

- .
=(n-1)f sin""? xdx — (n — 1)? sin"xdx =(n-1I__, —(n-DI_

0 0
Hay nl, =(n-DI__,.
b) Phuong phép ddi bién o&
% , g 2n 2 __1
Ta cé: [tan™" xdx = | tan x(tanﬁ X+ )dx
0 0 tan® X
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II

2n-2 2(n-1)

tan®"? x(tan’ x + 1)dx — j[an xdx

0

T b i

Pitu=tanx = du=(tan’x + 1)dx.

Véix=0=u=0: x=§:>u=l
2l'l| 1

Do d6: 1 —j M 2qu -1 I & ]
0 2“ “1 () 21’1 == l

¢) Phuong phép tich phin ting phin '

l n-1

u=In"x du=n- — - In"" xdx
2 {dv=dx = vex X

; e B oo
Taco: 1 = xln“xll ~nfIn""'xdx =e -nl__,

d) Phuorig phdp tich ph4n timg phdn
—_— du =nx""'dx
bt { T g

_ =5 2 /
dv=+1l-x dx v:—_(l‘“X) 1=x
1
+%EIX" (1= x)V1 - xdx
i .
2232[“""\[1_:;@*])( \/l—xdx:l:?(l..uu -1,)
0 i '

hay (3+2n)I_ =2nl__,

Tac6: I, = ——23-)(“(1 - xW1-x

=

|
ai lS.Tinh:Isz(&" +Vx? +1]dx
0

Giai
Tacé: , ( +Vx? + )jx (jl)xcz‘dx +ijx2'+l dx
( Q0
« Theo két quéd Bai 16a) ( phuong phdp tich phan tirng phin ) ta dugc :
jl'xez"dx =%(e2 +1) |

0

« Theo két qua Bai 10b) ( phudng phdp d6i bién s6 ) ta dudc :

I s
[xVx® +1 dxcizxzz\/5 :

0
2\/_—1 3’ +3+8Y2-4 3¢’ 4821
12 12

Do dé: I-—( +1
4
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§5.MQOT SO UNG DUNG HINH HQC CUA TiCH PHAN

Bai 19. Tinh dién tich hinh phing gidi han bdi d4 thi ham sd y = 2x? - x*
va truc hoanh.

Giai
Phuong trinh hoanh d6 giao di€m cla y = 2x” —x* va truc hoanh
2%’ —x' =0 x?(2-x?)=0<> x =0 hofic x = +/2
Dién tich hinh phdng c4dn tim 13 :
y A
5
8= J-(2J(2 - x*dx
o
NEY
=2 j(zx2 —x*)dx

162

=1—(d vdt)

0
2 X )e
3 5 Jlo

Bai 20. Tim dién tich hinh phii:g gidi han bdi hai d6 thi him s§ :

1., |
P:y=—-—x“"va(P,):y=—x°-3x

. Giai
Phuong trinh hoanh d6 giao diém cla hai d6 thidachola :

-—-l~x2 :—l—xz -3x & 3x2-12x =0
4 2

ox=0vx=4

Dién tich hinh phing cin timla:

—lx2 —(lxz —3x] dx
| 4 2

/

S

i
D s B T gy B

-—zx2 +3x]dx
4

4

2 3x’
=——I dx+3 XAt =| gl —S(dth)
4 2

0

Bai 21. Tim dién tich hinh phdng gi6i han'bdi ddthi hamy = x* -3x* +4
va dudng thing x —y +1=0.
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Giai
Phudng trinh hoanh dd giao di€m cla y = x'=3x" +4vax-y+1=01a:
x*=3x?+4=x+1
S E+DE=-2) =x+1
< (x +1)[(x—2)2 —1]:0
x=-1
<Slx =l

x=3

Dién tich hinh phdng cin tim 14 :

] 3
S = j[x3—3x2+4—(x+1)]dx+ j[(x+1)-(x3—3x2+4)]dx
- 1

| 3
= I(x3 —3x% —x +3)dx + J(—x3 +3%x% +x —3)dx
-1 1

4 2 4 2
ol e R et B | i e =B
4 2 S 2

3
1

=4+4=8 (dvdt)
Bai 22. Tinhi dién tich hinh phing gidi han bdi do thi hAm s6 y =

, truc
X +1

hoanh Ox va dudng thing x =1.

Giai

va

Hoanh d6 giao diém cla y =
x+1

truc hoanhOx la x =0

Dién tich hinh phdng cin tim 12 : ||
1 1

§= [ dx= (1-—-1—}17{

sx+1 2 X +1 .

| ‘ wid  pue] 0 1

=(x —Injx + 1|)0

oy

=1-In2 (dvdt).

x2+3x+3

Bai 23. Tim dién tich hinh phidng gi6i han bdi d0 thi haim y = l
; X +

dudng tiém cén xién, truc tung Oy va dudng thing x = 2.
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Giai
Dién ULh hinh phdng can tim la:
’;
S = J. w_(x+2):|dx

X+1

—

2
= {x+2+ l —(x+2)}dx
g Xx+1

%]ldx 2/

Jx+1
. -1 0O
:ln|x+1““=ln3 (dvdt) /\ -1

Bai 24. Tinh dién tich hinh phdng g16i han bdi cdc dudng y = Vx, truc hoanh

va dudng thingy =2 -x.

Giai
Hoanh d6 giao di€m cda y =2 ~ x va truc hoanh la: x =2

Phuong trinh hoanh d¢ giao di€m cda y = Jx va y=2-xla:

X =(2-x)

@{x <?2
X =4-4x +x°

f—z_xa{z""zo ¥

Dién tich hinh phing cin tim la:

S= IJ_dx+I(2 x)dx—

2

R x-%J.

7
=— (dvdt).
6( )

Bai 25. Tinh dién tich hinh phﬁng gidi han bdi cadcdudngy =e*,y=¢

du’dng thing x = 1.

-X

va

Giai

Phuong trinh hoanh dd giaodiém clay=¢* vay=e~

-X

e =e " = hqu 0

Dién tich hmh phdng can tim la:

Sz:!(ex— *::T)dx:]‘( e’ —e" )dx

()
- 1
=(e‘+e ") '
0

=c+e” (e’ +e")

:e+—1——2 (dvdt)
e
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Bai 26. Tinh thé tich ciia khdi tron xoay tao thinh khi quay quanh truc
hoanh mdi hinh phing gidi han béi :

a)y =x’ —x va truc hoanh;

b)yzsinx,y:O,x=Q,x=§.

Giai
a) Phuong trinh hoanh d6 giao diém ciia y = x> — x va truc hoanh Ia :
x*-x=0<x=0hoicx =1
, b
Ap dung cong thitic V = n[[fz(x)] dx. Ta cé:

| | .
V=nf(x* -x)’dx = nf(x* -2x* +x? )dx
0 0

; 1 1 | 5 4 3
=n[x*dx —n[2x’dx +nfx’dxn L XX l' =L (dvit)
0 0 0 5 2 3 30
: s
b).V = fsin’xdx = * [(1-cos2x )dx = 5 x-S N2 (quu)
(, 24 2 2 ), 4

Bai 27. Tinh thé tich ciia khéi tron xoay * ‘o thanh khi quay quanh tryc
hoanh mdi hinh phing gidi han béi :
a) y = Inx, truc hoanh va' hai dudng thing x =1,x =2;
by =x/;.e",tr1_1c hoanh va dudng thing x =1(0<x<1).

Giai
) . b : < 2
a) Ap dung cong thirc V = n[[fz(x)]dx. Tacé:V =nf In®xdx
a }

dx
= In? du =2lnx —
Diit {u In“x e u nx

X
dv =dx . .

2 2 L2
Tac6: [In*xdx =xIn"x| —2[Inxdx
| 1

i
dx
u, = Inx Jdu, =-—
it {dvl =dx { X
_ Vi =R

2
1 |

2
Ta dugec I = xlnx. —[dx = (xInx - x) 3
' |

= 27:(ln22 -2In2 + 1) (dvtt)

Suyra V= n(xlnzx —2xInx + Zx) ?
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b
b) Ap dung cong thitc V = nj[fz(x)J dx

1
Ta ¢6: nf xe™dx = %(e2 +1) dvit. (k&L qua Bai 16a)
]

Bai 28. Tinh (hé tich khdi tron xoay tao thanh khi ta quay quanh truc hoanh h‘mﬂ

2 [ 9, 4 . ) 2 . T
phdng 2161 han bdi cdc dudng y =0,y = \&)s“x +xsinx L %=0,x= 5
: |

Giai
, b
Ap dung cong thifc V = nf[fz (x)} dx

E n n
2 2 2
Ta c6: V =] (cos’x + xsinx)dx = | cos’xdx + | xsinxdx
0 0 0
pat V=X _, Jdu=dx
©|dv =sinxdx V=-CosX

n

L L
2 + | cosxdx = sinx
4] 0

Y
i
s

i
2 . 4

Ta dudc [ xsinxdx =-xcosx
0

=

lEi:(l +cos2x)dx = i[x +
20 2
Dodé V = n(l + %) (dvtt)

[ SRR ]

H

IR

i
2, sin2x
va [cos xdx =
0

—

Bai 29. Tim thé tich ciia khdi tron xoay tao thanh khi quay quanh truc tung ”

hinh phing gidi han bdi cic dudng y = Jx ,y =2 —x va truc Ox.
Giai

Ta<:é:y=\/—);<:>x:y2 (y=20)

y=2-xox=2-y

Phuong trinh tung d6 giao di€m cia
x=y’vax=2-yla:
y?=2-yoyl+y-2=0=>y=1

Thé tich vat thé trdn xoay tao

thanh cin tim 14 ;
1 i
V= nf(Z —y)idy - frj(yz')zdy =m
O

0

|
j(4—4y+y2—y‘)dy
)

(

3 5
32n
—mldy-2y2+ L |22 (qu.
[y y 3 3] 15( )
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C. CAU-HOI TRAC NGHIEM
1) Nguyén ham cta ham s6 f(x)=1-x+x* 1a
2 3 2 3
Ax-——+X s B -2 iXic Co-1+42x4C DL x=x2+x'+C
2 3 % 3

2) Nguyén ham ctia ham s& f(x) = Vx 1a
L c B. Vx +C c. Lxdx +C D. 2xvx +C
2x - 3 2

3) Nguyén ham cla haim s6 f(x) = xcosx 12

A.

x? sinx

A. - +C B. cosx + xsinx+C

C. cosx — xsinx +C D. xsinx —cosx + C
4) Ham s6 F(x) =e* + tanx + C 12 nguyén ham clia ham s& f(x) nao ?
1

A, f(x)=¢" - B. f(x)=¢* +

sin’x - | sin’x
—X
€ Al 1s o
C. fx)=c*|1+— } D. M6t ham s6 khéc.
COS X

5) Mot nguyén ham ctia ham s6 f(x) = sinx. cosx 13
1 - . .
A. Zcost B. —%cost C. —cosx.sinx D. - %stx

6) Nguyén ham F(x) cda ham s6 f(x) = 4x’ —3x? + 2 trén R thda min diéu

kién F(-1)=31a

A x*=x*+2x+3  B.x'-x'+2x  Cox*-x'+2x+4 D. x*-x'+2x-3
7)Ham s6 y = f(x) théa min {'(x) =3x* +2va f(1) =814

A. 6x B. 3x° +2 C. x ' +2x+5 D. x'+5

8) Him s8 y = fix) thda min {'(x) = 2x - —12—+ 3vaf(l)y=31a
X

A2+t B. x?+1 41 C.2+—27 D. x* +L43x-2
X X X X

9) Him s0 y = f(x) théa mén f"(x):ax+~—b7,f(-l):2,f(l):6, f{ly=01a
X

AP +2 43 B. 2x2—-}2—%3 C.x*-1+3  D.2xP+o-3
X X X - X

'10) Néu F(x) 1a nguyén ham cta ham s8 f(x), G(x) 1a nguyén ham cda ham
s0 g(x). Trong cdc khdng dinh sau, khing dinh nao sai?
A. [[f(x)+g(x)]dx = [1ix)dx +[g(x)dx = F(x) + G(x) + C
B. V3i moik =0, ta c6 [kf(x)dx = k[ f(x)dx = kF(x) +C
C. [[f(x).g(x)]dx = [f(x)dx.[ g(x)dx = F(x).G(x) + C

!

D. ([fx)dx) =f(x)
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3
X +1

11) Cho ham sd f(x) = : khi do
X
2 2
A. [f(x)dx:‘)—(——l+c B. ji’(x)dx:'L+l+C
’ 2 X . 7 X
C.jf(x)dx=l-%+c D. J’f(X)dX:XZ—l*i‘C
x X
12) Néu [ f(x)dx = 2008 +20071nx + C thi f(x) biing
2 00 7x —2008
AL 007)(-21-2 8 B. 200 X2
X X
C. 2008+/x +2007Inx p, 2297 _ 2008
Inx X
13) Néu [f(x)dx =¢* +sin’x + C thi f(x) bing
A. ¢* +2sinx B. e* —sin2x  C. e* +sin2x D. e* +cos’x

Jx - 23x
Jx

7
A.x—%f\’/F+C B.§x6+C C.x-2%x+c . -2 .c

14) Tim | dx ta dugc

3
15) Tim [ —; — tadudc
sin“xcos“x
A. -1+C B. tanx —cotx +C
C. —tanx +cotx +C | D.—L—_—1—+C
COSX  sinx
16) Tim [(sin*x - cos*x)dx ta dugc
. ﬁ . 5 i
A. S"; ad ('Oz W B. 4sin’x —4cos’x +C
C. - sin2x L C ' D. sin2x .C
2
.4 X 4 X
17) Tim [(sin 5 +COS —2—)dx ta dugc
3 cos2x i C B. 3 cos2x LC.
4 4 4 4
C.—3—x—5m2X+C . EI—]ZE+C
4 8
18) Tim [(sin®x + cos®x)dx ta dugc
A _5_x s 3sindx +C B. _5_ N 3cosdx +C
8 32 8 8
3sin¢
C.—5-x— Sm~1x+C '§_3COS4X+C
- 8 32 8 8
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19) Tim [sinx. cos2xdx ta dugc

A. - lcos3x + —l-cosx +C
6 2

C. lsin.’)x + 1 sinx + C
6 2
20) Tim [ tanxcos’xdx ta dugc

A. lc:ost +C B. - lc:oSZx +C
4 4

21) Tim [(cos2xcosx +sin2xsinx)dx ta dugc

A. %sini&x +C B. ——;—sin3x +C

22) Tim [tan 2xdx ta dudc

tan’x

A. +C B. tanx -x+C

23) Tim [(2tanx + cotx)* dx ta dugc

, 3 L3
A. 4ta;1 x+('0; x+4x+C

C. 4tanx +cotx +4x +C

sinx —8cot? x

COSZX

24) Tim |

dx ta dugc

A. -

: —x+£——+C

COSX sinx
C. tanx +8cotx - x+C
25) Tim |sinx.sin2x.cos5xdx ta dudc

A. i—%cosxcostsinSx +C

C. —10cosxcos2xsinS5x +C

26) Tim | cosf"
COS X

dx ta dudc

A. 2x +cotx +C B.2x —cotx +C
2% L3

41

27) Tim | dx ta dugc

e,

154

.2tanx —x+C D.

. ——1—cos3x + icosx +C
2 2

1
. —COS3X + ic:osx +C
2 2

2 %COSZXJrC D. —%—cost+C

. sinx + C D. -sinx+C

2tanx +C

COSsX

. —4dtanx +cotx - x +C

. 4tanx —cotx = x + C

tan®x  8sin’x
3 3

. —tanx = 8cotx —x +C

l[sin4x sin8x sin2xj
- - +C

4\ 4 8 2

. M6t két qui khdc

.2x +tanx +C D.2x —tanx +C

3X

PRS- + —_—
In2 In3 , -

4 X
In4




C. (1] Ji] -C
2) s
28) Tim [(2x + 1) dx ta dudc

A. —1—(2x+1)° +C
12

C. 2x+D'+C

2008x+2009 )
29) Tim [ ™" dx ta dugc
2008 00Y
A, 2 L C

l 200
2008x+2009
YR &

C. —
2008

30) Tim I#

dx ta dudc
X“+3x+5

A. In(x* +3x+5)+C
X% +3x
2x +3

31) Tim [ ta dugc
3x+1

3
et
(3x +1)?
C. In3x +1]+C

32) Tim | 22
(x

 §d +C

—=%__dx ta dugc
+9)

1
. _—WWL
ot

(x? +9)°

33) Tim [x2v/x® + 2008 dx ta dugc

A. x +2008+C
2J(x* +2008)° .
9

C

C C

34) Tim dx ta duge

X
v
x* +2008
A. x* +2008 +C

C. 1 +C.

24/x2 +2008

. 2°In2+3 ln3+C

4" In4

B. é(2x+l)° +C
Sx+ 1) +C

B. (2008x + 2009)e2M8x+20% 4 ¢

1

" 2009

1 .2
_ex +3x+5+c

"2
. ~l-ln|2x+31+C
2

B. -;-ln|3x + li +C

. InBx+1)+C

1

R P e .t
5(x2 +9)°

l +C

. x> +2008+C

. Mot két qué khdc

B. Vx? +2008 +C

D. % x2 +2008 +C.
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|
35) Tim IE dx ta dugc
X

A. In’°x+C B. Inx+C
36) Tim j ta dudc
xlnx
A. Inflnx| + € By ~ =€
Inx
2
37) Tim | 10X+ 2008)” ix ta dudic
X
3
A 2(1nx;22008) L C
X

C. (Inx +2008)* +C

38) Tim [sinxcos’x dx ta dugc

A. -2cosx+C . B. —cosx+C

39) Tim [ (tanx + "™ )cosx dx ta dudc

A. cosx +e™™ +C

2
tan”x
C. —( > + ““"]sm)HC

CcOS2X

40) Tim |- dx ta dugc

I +sinxcosx
A. In(2+5sin2x) +C

—-8in2x L C

2(x — qinxcosx)

41) Tim [—

dx ta dugc

«/cosx
AL 2Jcosx +C

cosv/x
\/__

A. 2sin\/;(_ +C

"B.-2vcosx +C

42) Tim | dx ta dugce

B. - ZSin\[; +C

43) Tim | ta dugc

dx
sin’x .4/ cotx
156

¢ B2 ¢ D, —+C
2 In“x
C. Inx|+C D. - In|lnx|+C
3
B. (Inx +2008) i C
3
D. Inx + 2008 s
3
3
c. 88X c p-2%.C
3
B. —cosx +e"™ +C
[ _
D. L}Eu +eM™ ]Sinx +C
- [ §
B. —In(2 +sin2x) +C
p, — 0% .o
2(X — SINXcosx)
] COSX
C. - +C D, ——=+C
2+/cosx 2+/cosx
c. B o p B o




4
3&—% tan'x +C B.—3cot’x +C
3 3
44) Tim | ‘ dx ta dudc
e +2008
i
+C
" 2008
L ___C
e* +2008x

2008+ cos :
45) Tim [e*""*“*™ sinx dx ta dudc
K = CZ()()X+C()$X~ +C

2008+¢cosx
c

Co—-———
sinx

lanx -

46) Tim [ = — dx ta dugc
cos’x

A. -e"™+C  B.

47) Tim |

+C :

e tanx + C

— ta dugc
xsin“ (Inx)

A.-tan(lnx)+C

2008+ cosx
D.c

C.-e™+C

4, 4,
C. —%—"‘ cot’x +C D. —i‘{flan}x +C

B. In(e* +2008)+C

D. Mot két qud khdc

B' (_Sinx).ez()()xﬂ:usx +C

.(—cst) +C

D. e +C

B. tan(Inx)+C C. —cot(Inx)+C D. cot{lnx)+C

48) Trong cac ménh dé sau, ménh dé nao sai?

.3 _
[sin’xdx = MX e @
4x +2
[——— o dx =2In(x*> +x+3)+C
+XxX+3
[3*"Q2" +3")dx = X +x+C
In6
A. Chi(l) B. Chi(Il)
49) Tim [ xe" dx ta dudc
A. x-De" +C
50) Tim [ xcosx dx ta dudc
A. x2sinx +C

C. xsinx —cosx +C

51) Tim | l‘%’i dx ta dude

A h._lix__..l__yc
X X
C. 31nx+c
2x° .

C. Chi(III)

(D

(I11)

D. Cid A,BvaC

B.(-x+1)e*+C C.-(x+1e*+C D. (x+1)e* +C

2 &
X“sinx
+C

. Xsinx + cosx + C

Inx 1

§ ———mt—+C

. X X

. Mot k€t qud khdc
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2
52) Tim j'( J dx ta dudc

A In2 x—21m(—2+C B. m_}f‘_f+2lnxig.+c
X X
1 Inx
C."‘+C D. —+C
X X

53) Cho F(x) 12 nguyé&n ham ctia ham s8 f(x) trén doan[a; b]. Phdt biéu
nio sau day 1a sai? ‘

A. Tf(x)dx:o B. [f(x)dx = jf(x)dx

h

C. ff(x)dx F(b) F(a) D. I(x)dxx[f(l}dl

-‘-—-——.:rﬂ-'—v:!'

2
54) Cho [ f(x)dx = -3. Tinh j[ 4 - 3f(x)] dx ta dudc
! 1 ,
A. 9 B. 13 C. -5 D. I2
55) Gi4 tri ndo clia a dé }(3){2 +dx=a'+2
4]

A. 1l B. 2 C.3 D. 4

1 d

6 ;
56)Chol = [dex va J = [cos2xdx .Chon khdng dinh ding?
1 0 '

A 1<) B.1>] C.1=1] D.1>]>1
L dx : r

57)Chol=| = [(sin*x —cos' x)dx va K = [(x? +3x + 1)dx.
u3x+l 0 -1

Tich phin ndo c6 gid tri bing %?
A. Chil B. ChiJ C. ChiK D. Chi], K
I
58) Cho = [|3x — ljdx. Chon ménh dé diing trong cdc ménh dé sau ?
0 »

A.1<0 B. 1>1 C.0<I<% D.%<I<1

59) Tich phan }( 3% - ll —2|x|)dx bling
0

A -1 B. . C.0 p. -
6 6 6
i -~
60) Tich phan | X 11 dx bling
o
A. 4+3In2 B. 4-3In2 C.5 D. 2
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Bt i il
61) Tich phan [ """ dx bing
1 X+

A. 4+13In?2 B. -4+13In3

a p) LS
62) Tich phan ([sin [g - x] dx bing
0

A.lt—+l B.E—l
8 4 8 4

0 3 2 n
63)Chol = [(2x —e™*)dx, J=j[x+i) dx, K=J'|cosx|dx tacd:
=i 2 X 0

A.I<J<K B. K<I<«]

n |
M)Cholz—%j\/l+cos2x dx, J=[v9x* —6x +1dx
0 0

Khing dinh nao sau diy ding?
A. 1<2] B.1=3]

2
65) Tich phan [(x* -1)?x’dx bing
1

&, 221 B. 1
4 9
L x? "
66) Tich phéin [———dx bing
ox” +1
1 1
A. —In2 B. -——
3 12
67) Tich phan |——X— bling
P av2x+1

V3
68) Tich phan | 3xvx> +1 dx bing
0

A.3 B. 7
| .
69) Tich phan [x”/1+3x* dx bliing
0

2
i B. _2_2_
135 153

3
X

2
70) Tich phan | - dx bdng
Lvx?t +1
A. ______\/—]_7 V2 B. e
2 V2

A.

s f4+131n% D. 4+13In—
C.E—l D.Ea—l
4 2 4
C.I1<K«<] ' D. 1=2]
C.1+2J=5 D. 51=12].
el gL
4 60
|
D. —
C. In2 12

C.\J3-4J5 D. ~(3++5)

C. -5 D. -3
@ -2 p. -2
153 135
V1742
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n

2
71) Tich phén [(sinx + 3)* cosxdx bing
0

37 . 91
A. 2 B. g C. 37 D. —

(tan’x + 3)

COS2 X

72) Tich phan dx bing

O ke [ A

A. 16 B. 7 C. — D. —

% .

73) Tich phdn [ ————dx bing
0
3)

+cos2x
(+43) g 1=V3 c. -t D.
2 , 2

A. -

| —

n

2
74) Tich phan [———
a2 + sinx
A In2 B. > c. -2 D. —In>
2 36 36 2

dx bing

| =

75) Tich phan |~ 02% 4 bing
0 COS X

A. 1-1n2 B. 1+In2 C. In2-1 D. In2 +3

SinxX — Cosx

v 1+sin2x

76) Tich phén dx bing

-B}:#‘—--—.N!ﬁ

A. -In2 B. %mz C. -—In2 D.

| —

n

2
77) Tich phin [(1 +sin® x)*sin2xdx bing
0

A. 15 B. 9 C. u D. ——

n

2
78) Tich phan {—222% _dx bling
04—-cos” x

A. lni - B. ~lni C. 2ln— D. 2ln—
3 3 3
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n

sin2x

2
79) Tich phén | ——dx bing
0 (2 + sinx) |
A. 21n-3--+2 B. 2lni+1—q C. 21n3_3
2 3 2 3 2 3
s n
2 sin 2()()8x ) 3 COSZOOR
80) Chol = dx’ J =
(j) sin®"®x + cos?*®x (I) sin®**x + cos

Khéing dinh ndo sau diy ddng?

A. 1<J B.1+J=7  C

|
81) Tich phin [v1—-xdx bing
0

AT B. 2" C.
4 | 4
- . bodx 5
82) Tich phdn [———— bing
o(x° +1)°
A, —- ] B. +l C
8 4 8 4
_ 23 .
83) Tich phin | ——— biing
0o X°+4
Az B. X
6 3
C 2 '
84) Tich phan | - X 4x bling
| \
! 10
A. - B. — ,
3 3 ¢
. 2
85) Tich phan [ X107 40 biing
1
AL B. 2 C
3 6
86) Tich phan | LN bing
1
A.2 B. |
87) Tich phan [ 4 bling
i X
A, 14 B. 2
9 9

H|a

A

17
" 12

(SR

dx

A

1A

N W

161
135

D. 2In6 + ?

3n

A+2)=—
T
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¢! dx .
88) Tich phdn [————=bin
P ufx\/2+lnx & : ' ’
A.v5-242 . B.2v2-45 C. 2(v5-+2) D. 2(v2-/5)
. R ¢ cos(lnx) ’ '
89) Tich phéin | dx bing
1 X
1 1 ) .
A, — B. ——
2 2 - C. -1 D. 1
‘135 .
90) Tich phan ] ™) 4 bling
x Sin2x
4
A, Lip?3 B. 1n’3 c. 112 3
4 16 2 - D. In’3
91) Tich phan | <2 4y bling
|
sine sinl
A. sine B. si C.— D. —
‘ sinl | 5 >
' Inx
92) Tich phdn [—=—=—=dx bin
P _ {x\/1+lnx g :
A. 3§ B. L C. 38 D. 8
5 5 15 ' 3
, cocInyx 4+l
93) Tich phan [—————dx bing
l X
REEA B. 2 c.3 p. 33
32 - 16 2 23
0
94) Tich phan [——dx bling
"le X"+
" _'é I‘C - ] 2
A, — B. — C. ——Ine
€ 2e 2 D. -1
ln5 dx ’ "
95) Tich phan | - bing
In3 e +2e™* -3 :
A. lnz ‘ B. ln3 C. ln2 D. ln2
2 - 3 2 7
96).T‘ hphan | —S— dx b
ich phdn | - x bang
, In24/e* —1
A B. 1V c. X D. 5-9
3 3 '3 3
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In2

97) Tich phan j(c +")2 >*dx bing

a2 B. 2. g2 p. &
3 3 3 3

In3 X

98) Tich phan j———-dx bing
0 \J(e* +1)’
A.V2-2 B.2-2 C.1-42 D. V2 -1

: In2 x
99) Tich phan | —————dx biing
0o (eX+1) ,

A B. > c. -2 D. -2
36 72 ' 36 72
) . Llef-e™" :
100) Tich phan [————dx bing
oe* +e
| 2(e? +1) 2e e’ +1
A. ln——e——— B. In2e(e? +1) ==l e? 41 ’ D.In e

7 -
101) Tich phan [(e®™ + cosx)cosxdx bing
0

A.e-]+E B.e*-l—-E C.1~-e+E D.l-e——
4 4 4

;
102) Tich phan [(tanx + "™, cosx)dx biing
0
A.Inv2-e” +1 B. In/2 +e” C.Inv2+e -1 D.InV2-¢7 -

103) Tich phan 2(2)( + 1)sinxdx bri*u;g

A.l B. -1 C.3 D. -3
104) Tich phan i(Zx +1)e*dx bing | |

A e-1 B. e+l ' C, 5e-3 D. Se+1
105) Tich phan :j)xh;(I +x°)dx bling

A. In2-2" B. In2 -2 C. In2+2" D. 2+In2+3v/2
106) Tich phan }——- dx bing . | |

1

A. 2Ve -4 B. —-(4+2e) C. 4+2/e D, 4-24e
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107) Tich phan [ "X dx bing
1 X

3 1

(3
A2 22103 | B. '—[——mz)
.16 8 8\2
1 3 1(3
C.-In2-— D. ———(—+1n2)
8 16 82
108) Tich phan f(x + cos’x)sinkdx bling
0
A2 B. 2 c.2 D. 3
5 3 2 4
109)Chol . = [(Inx)"dx, n € N. Hé thifc lién hé gidta 1 val Ia:
) 1
AL, +(a+DI, =2¢ B.I,+(n+DI =¢ -
C. 1 +(n+l)In+l D.I +(n+1)I_,, =2e
110)Chol_ = Tcanz"xdx, neN* Héthiclién hégital , val Ia:
0 ‘ ' ‘
AT +1 =1 B -1, =
2n 2n
1 I
C.1 +I, =— D.I -1, =
2n+1 2n+1
" 111) Dién tich ctia hinh phﬁng t6dam trong hinh bén dudc tinh theo cong
thifc nao sau day ?

s =[[f(x)dx

B. S= l]‘f(x)dx

C. $ =[[fodx| - | foodx

D. s =[x+ |[ fxydx

112) Dién tich ca hinh :phﬁng gidi han bdi 43 thi ham s6 y = x* - 2x* +1
va truc hoanh ?

A. 19 (dvdy) B. ﬁ (avdtj C. 19 (dvdt) D. 3 (dvdt)

113) Dncn tich cia hinh phﬁng t6 ddm trong hinh bén dlrdc tmh theo cdng thitc
nao sau day ?
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A. S = [[f(x) - g(x)]dx "

b
B. S =|[[f(x) - g(x)]dx

b
C. S=|[[g(x) - f(x)]dx

0 a b

D. Tdtci A,BvaC |
114) Dién tich ciia hinh phing gidi han bdi d4 thi ham y = x*, truc hoanh va
céc dudng thing x = ~1,x =3 bing

A. ﬂ @vd)  B. 3—7— dvdyy - C. 55 @dy . D 1—7- (dvdt)

115) Dlen tich ciia hinh phéng gidi han bdi céc dudngy =x* -2x; x=-1}
x =2;y=0bing '

8 11 z" 9.
Z(V) 3(V) 3(V) 2(V)

116) Goi S 1a dién tich cia hinh -phz"’mg giGi han bai dd thi (C) ctia ham s8

2
= g—)i:%yj,tiém can xién cua (C) va cdc dudne thﬁng x=-1,
X +
x=m(m>-1).Timgidtrimdé S=6(dvdt). _
A. e -4 B. e®-3 C.e-2 D. e® -1

117) Dién tich cda hinh phing gidi han bdi d6 thi y = —x* + 2 va dudng
thing y = x biing

A. E (dvdty  B. % (dvdt) C. % (dvdt) D. 131 (dvdt)
118) D1¢n tich ctia hinh phédng gi6i han bdi cdc dudng y=3%,y=4 ~x va
truc tung bing |
A. %_l—i(d dt) B. 1———(d dty C. %—'——2-— (dvdt) D.l-—~2—,~(dvdt)

119) Dién tich ciia hinh phﬁng gidi han bdi do thi ham y x? va du’dng
thing y = ~x +2 bing

A. 7 (dvdr) ’ B. 11 (dvdt)
C. 123 (dvdy) ' D. Mot két qui khéc,
120) Dién tich ciia hinh phing gidi han bdi dd thi cdc dudng y = x* -2,
=|x|+4 bing
A. 27 (dvdt)  B. 17(dvdt) C. 37 (dvdt) "D. 47 (dvdt)
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121) Dién tich ctia hinh phing gidi han bdi dd thi (P):y = x* —2x +3va
hai ti€p tuyén ctia (P) tai A(0;3) va B(3;6) biing

7 9 9 17
A. — (dvdt B. = (dvdt C. = (dvdt D. = (dvdt
5 ( ) : ( ) 5 (dvdt) 2 ( )
122) Dién tich ciia hinh phing gidi han bdi cdc dudng y = sin|x|,y =|x|~n?
A. 1 -2 (dvdt) B. n° -4 (dvdy)
C. 4+n? (dvdy) | D. 5+ 7% (dvdt)

123) Dién tich ctia hinh phdng gidi han bdi cdc dudng y = x + sin’x va
y=x(0<x<m)bing

A 1% (dvdy  B. 32’—‘ (dvdt) C. % (dvdr) D. -;5 (dvdt)
124) Dién tich cla tam gidc cong gidi han bdi cic dudng x =1;x=e;y =0
Inx .
vay =——=bing
2Jx
A. 2-+e (dvdt) B. 3-+e (dvdr)
C.2+4e (dvdt) o D. %‘E (dvdt)

125) Cho hinh thang cong trong hinh bén ( phan t6 ddm) quay quanh truc hoanh;
~ thé tich kh6i tron xoay tao thinh dugce tinh theo odng thifc no sau day ?

h

A. V= [f(x)dx
b

B. V = [f3(x)dx

b
C. V =n|f(x)dx

b
D. V=nxff?(x)dx

126)  Cho hinh phing trong hinh bén (phin t6 dim) quay quanh truc hoanh,
thé tich khdi trdn xoay tao thanh dugc tinh theo cOng thidc nao sau diy ?

Yy A

b
AV =[[f(x) - g(x)]dx

B. V =x|[f(x) - g(x)]dx

Bty T

C. V=n[[f*(x)- g2 (x)]dx

B T

D. V= n? [g2(x)- 2 (x)]dx
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27) Thé tich kh&i tron xoay tao thanh khi quay quanh truc hoanh hinh
phing gidi han bdi dudng y = 3x — x? va truc hoanh bing

8in 851 417 8n
A. — (dvtt B. — (dvtt C. — (dvtt) D. — (dvtt)
10 ( ) 10 ( ) 7 ( ) - ( )

128) Thé tich khdi tron xoay tao thanh khi quay quanh truc hoanh hinh
phing gidi han b&i dudng y* = 4x va x = 4 bing

A. 741 (dvtt) B. 641 (dvtt) C. -1—2—75 (dvit) D. %75 (dvtt)

129) Thé tich khdi tron xoay tao thanh khi quay quanh tryc hoanh hinh

3
phing gidi han bdi dudng y = %va y =x* bling

. 436“-(dvtt) B. 468n @y C. 486m
35 35

130) Thé tich khdi tron xoay tao thanh khi cho dudng x* + (y = 1)* =1 quay
quanh truc hoanh bing
A. 877 (dviy  B. 61° (dvib) C. 41’ (dvt) D. 2n%(dvit)

+

D. HUGNG DAN GlAl VA PAP AN

A

(dvtt) D.. 227—[- (dvtt)

2 3

1) Chon A. Tacc’):j(l—x+x2)dx:jdx—jxdx+jx2dx=x_x2 +%+C.
3
' ! w2 |
2)ChonC. Ta cd: f\/idx:szdxzz_’;._+c:2"f+c_

3) Chon B. Ta cé: (cosx + xsinx + C )’ = —sinx + x'sinx + X(sinx)’ = XcOsX.

4)ChonC. Tacé: (e’ +tanx+C) =¢e* + ]2 :e"[1+ c : ]
: Cos” X cos” X
L 1

5) Chon B. Vi f(x) =sinX. cosx = —:lz-sin 2x nén mot nguyén ham cia f(x) 1a —ZCOSZX
6)Chon A |

Thiy y = x* - x*+ 2x 12 mot nguyén ham ctia ham s6 f(x) = 4x* - 3x* +2

nén Fx)=x*-x*+2x+C.ViF(-1)=3nén C =3
7)ChonC. Tacé: f(x)=x'+2x+C.Vif(1)=8nénC=5
8) ChonD. Tacé: f(x)=x> +l+3x +C.Vif()=3nénC=-2

X
2

9)Chomn A . Ta co: f(x):%~2+c, f’(x)zax+—t32—
X X
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f(—1)=2 |24b+c=2 . 1 ==
Gidi hé: {f(1)=6 < g o lb=
S f(H=0 -2—-b+c:6,a+b=0 e

Vay f(x)=x> £ 253,
X

10) Chon C

11) Chon A

12)Chon B f(x) = Uf(x')dx)' | (2008 + ST c} 20(2)8 , 2007 _ 2007x ;20(
X X X

13) Chon C. f‘(x) = (jf(x)dx)' =(e* +sin’x +C ) =(e*)' + (sin’x)' = e* + sin2x.
14) Chon A

I J_\/_ J{I ZXQ—E}dx——J‘dx 2! _de x____\/—+c

15)ChonB. [ - [, [

2 COS2X 2

- = . =tanx - cotx + C.
SIn X.COo8 X sin X

16) Chon C .
. J‘(sin‘fx —cos” x)dx = I(sinzx —cos? x)dx = - Icoszxdx = —%sian +C.
17)Chon D ‘

2 % 1__sin2x:§+lc:052x
) 4 4

St 4 cod S| IR E 4 o i) ~2sin? 2. cos
2 2 2 2 s
C isin® 2+ cost 2 |ax = 2x + lsin2x +C.
2 o, 4 8
18) Chon A .. sin®x + cos®x = (sin’x + cos?x)* — 3sin’x. cos’x(sin’x + cos’x)
=1- *Swsinz 2% = —5— + —3—cos4x
A
. I(sin(’x + cos’x)dx = Ex +—sindx + C.
Y.
19)Chon A . sinx. cos2x = —;—[Sin3x +sin(-x)] = é—(sian — sinx)

J'sinx. cos3xdx = —%cos3x +%cosx +C.

20) Chon B. Itan x cos’ xdx = jsinx. cosxdx = % sin2xdx = '—%COS?.X +C.
21)Chon C _
j(csz'x. cosx + sin2x. sinx)dx = 'J.cos(2x -x)dx = jcosxdx =sinx +C.

22) Chon B. - [tan’ xdx = j(coizx - l]dx - jcoi —dx - fax =ranx -x+C.

168



23)ChonD .(2tanx+cotx)2:4tan2x+cot2x+4:4[ 12 —1}+( _12 —1)+4
cos X sin“x

J‘(thnx + cotx) dx = 4J. J‘ o Idx =4tanx —cotx — x + C.
cos’x sin’x

24) Chon C, J.Sln % - Bee xdx=J( 12 -1- 82 Jﬂxztanx—x+800tx+C.
cos® x cos” X Sin“x

25)ChonD

. SinX.cos5x.sin2x = %(Sin6x —sin4x)sin2x :%(sin6xsin2x —sin4xsin2x)

1 |
= Z(cos4x ~ 088X — cos2X + Cos6X)

. = 1 4 2 - \.
. jSlnX.stx.cosSxdx _ é[smz X su;Sx x4 Sméx]_kc.

26)ChQnD cos2xd =I—?—C£S—————d —2Idx—_[ dX2 =2x—tanx + C,

COS X C082X COS X

' B G .
27)Ch0nA Iz +3 x=J(12) dx+I[%J dx:‘2 + 43 +C.

]

In— In—
2 4
28) Chon A .
Cdch! . Patu=2x+1=du=2dx
X 6 6
(2){.+1)5dx#i u"’du:E—+C=Q’i+—l~)—+C.
. 2 - 12 12 .
Cach?2 . (2\c+1)dx—-~;- (2x+l)5d(2x+1):g%)-+€.
. ) : 67 6
Céch3 . (2x+l)5dx-l [(2x + 1Y(2x + 1)°dx = iz—xiﬂ—] ax =220 L o
. P 12 12
a l(ax+b) )
Chi y: Ta c6 thé hoc nhd I(a.x+b)d -———a—ﬂ—m +C (a#0,a::-1)
: i

29)ChonC . Dt u=2008x +2009 = du = 2008dx

z 008) 00 l ( y
. Ta co6: jez x+2009 4% = u S 20B2008 |~

!
b fevdu= iC=
2008 Jorau 2008 2008

Chd y: Tacéthé hocnhd je‘”‘*bdx = le""‘+h +C (a=0)
| a

30)Chon A
. Dz’uu:x2 +3x+5=>du=(2x+3)dx

2Xx +3 .
. Ix +3X—de—J‘——— Infu|+C !ntx +3x+5‘+C In(x? +3x+5)+g(’3

L]
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-31)Chon B
Cdch1 . Pitu=3x+1=>du=3dx

. Ta co: J L =—1— ﬂ=—l [u|+C——ln|3x+l|+C
3x+] 371
Cdch 2 = jd(BXH _iln|3x+1|+C.
3x+1 3x+1
Chid y : Ta c¢é thé hoc nhd I =—I—ln|ax+b[+C (az0Y
ax+b a
32)ChonD '
. Datu:x2+9:>du:2xdx
.Tacé:I j— utdu=-—+C= -]
(x +9) 3u 3(x"+9)
33)ChonC . Piatu=x"+2008 = du=3x%dx
3
1 u? 2
) Ix x* +2008 dx:—j‘/_du_g = +C=2(x*+2008)? +C
2

34)ChonB . Pitu=x"+2008=>du= 2xdx

Ta co: dx = =Ju+C=+x2+2008 +C.
‘[\/x +2008 '[ .

35)ChonC
Céchtl . szl.tu=lnx::>du=d_X
X

2 2

. Ta cé: jl—mi dx = juduzu—wLC=]n X +C.
% ) 2 ‘
Chch2 [ dx = jlnxd(mx); In’x ¢
X
36)Chon A
Cdch1 . Datu:lnk:um—-di
. Taco6: X du ln|u|+C lnllnx|+C.
xInx u
Cédch2. . J.d(ln‘x)‘=ln‘inx]+C.
‘ o JxInx Inx
37)ChonB . Pitu= lnx+2008:>du—dx
: X
2 3 3
(Inx + 2008) dx = qudu :%+C:(lnx+32008) L C.

X

COS3X

38) ChonD. - J.sinxcoslxdx ==~ Ic_os"‘xd(cosx) = - : +C.

39) ChonrB. I(tanx +e"™)cosxdx = Isinxdx + Ie“""d(sinx) — —cosx +e™™ 4+ C.
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40) Chon A

Cdch1 . Batu=1+sinxcosx =1+ %sin 2x = du = cos2xdx

=In(2 +sin2x) + C

. Ta cé: j-—w—g~2~§~— dx = Jﬂ =Inju[+C, = 1n[2 +sin2x| -In2+C,
1 + sinxcosx u
Cch 2 I c.os2x dx = _{ 2co§2x dx = jd(2+§in2x)
1 +sinXxcosx 2 +sin2x 2 +sin2x
r smx d(cosx)
41) Chon B. - = -2~/cosx +C.
LOSX I JCosx '

42) Chon A. “’S*/; dx =7 jcos&d(& )= 2sinv/x +C.

-

‘ . d _! 4,
43) Chon C. cot * xd(cotx) = ——Vcot' x + C.
4 sin? x\/cotx I 3

€ dx'= J‘d(e +2()08)

44) ChonB., |——
-_c" + 2008 e” +2008

_ 45)Chon A. P Iezouxwmxd(z()c)g +COSX) = _ 20080k |~

lanX

46)ChonB. [S—dx= j Wt g anx) = e™™ 4+ C,
| & a
47) Chon C. - I . (2 ™) _cot(lnx) +C.
Y xsin” (Inx) sin” (Inx) :
48) Chon A

49) Chon A. (Xem lai bai gidi bai tdp cdn ban Bai 6a )
50) Chon D. (’Xcm lai bai giai cidu 3 )
51) Chon A. Ap dung phudng phdp 1Ay nguyén ham tirng phan

=|nx . du:_f‘.’i-
bit =y _
' ‘dv=d—§ 1
X Vs ——
X
Tacéd:’ ln_xdx__ln_x+ d_’gz;ﬂ_l_+c_
. X X X X
' (4 =1In%x du Zde
52)ChonB. bit dx = ; X
dv=— ve-l
X X
. 2 2 2
¥ +2Inx +2
Ta co: ll—l—x- dx=—ln x+2 lnzxdx=—ln X nx +C.
X ) X *X X
(k€t qua cau 51.)

53)ChonD

. 2 2 2 :
54) Chon B. j[4 ~ 3f(x)])dx =4 jdx -3 jf(x)dx —4(2-1)-3(-3)=13.
. .

nle* + 20081 +C =In(e* +2008)+C.
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55) Chon A . j(3x2 +2)dx =3 Ixzdx +2 jdx =(x* +2x) Z =a'+2a
. 0 0 0 B

: j(3x2+2)dx:a3+2c>a3+2a:a3+2<:>a¥1.
J |

16]

, 16 ;
56) ChonB . 1= J'\/;dx j' 2dx= 1
‘ i

4_

L

4

Icostdx = —sm2x
0

0

. Thay I>]
: 2 3 2
57) ChonC. K=I 2dx+3jxdx+jd;u —+3—x—+x\ ?=-6-§
SR S 32 )
58) Chon D.
— ]
: : -3 ! 2 | 2 1
Ta ¢6: I=I(-—3x+1)dx+f(3x—l)dx= —3i+x 3o+ —3—)5———)(\1 =2
2 2 0 2 j_z 6
3 .
] L SIS |
59) Chon A. I—ﬂ 3x+l1dx 2_[|x|dx g 6 g 1= .

0

3
= j(2~—l-)dx:(2xf3ln|x+l|) ’3=4—31n2,
X+1 g !

wrox+l, 13 x} 3 3
61) Chon C I————dx— I(x—4+ )dx= —-=-—4x+131n]x+3| ‘ =13In—-4,
_ ’ X+3 ] X+3 2 L 2

62) ChonB . sin"’(ﬁ—x):l 1—COS(—TE—2X) =l(l—sin2x)
4 2 2 2

n
4 n
sinz[z—dex=l(x +lc052x]5=£—,—]—-
8 4 | 2 2 o 8 4
63) Chon C '
Ta tinh cdc tich phan :
I= =—€.
3 3 K]
‘ 1Y 41
. J:J(x2+2+~lz~Jd Ix dx+2jdx+ dx L+2x——) =—
. 3 X . 2x 3 X2 6
= I|cosxldx + lgosx’dx = Icosxdx - jcosxc_lx =sinX|? —sin X i= 2.
0 n 0 2

2

LSRR

Sosdnh cdc gidtrithdy [<K <J .
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64) Chon D = L j\/ZCos—z_;dx = ﬂcos x[dx =2 ( k€t qua ciu 63)
J“I (3x -1) dx—ﬂ3x—1ldx—— ( k&t qué cau 58)
£
Thay51m12J
65) Chon C. Pit u=x*-1=du=4x’dx
P&icin: Véix=1thiu=0; vdix=2thiu=15
N 2 15 3
. Tacé: I(x"—l)zx}dx:—l—j 2du e ”25-
. 47 1219 4
66) Chon A . Dit u=x"+1= du=3x%dx
Déicén:Véix:Oth‘lu—l vdix=1thiu=2
1 2
Ta c6: I 3x x=l du= =—l 2
g+ 3I u
67) Chon B Pit u=2x+1=du=2dx
DBican:Vdix=1thiu=3; véix=2thiu=35
2 dx du \/— J_ \/-
Tacé: = 5-+3.
.,Isz+1 2!\/_
68) Chon B bit u=x2+1::?du=2xdx:>xdx=d—zu
Pdicin: Vdix =0thiu=1; véix=+3thiu=4
NE] 34 . _
Ta cé: IBx x? +1dx=5J‘\/Gdu=u\/G‘I =7.
0 |
69)Chon A Dat u=+1+3x* = u? =1+ 3x* = 2udt = 12x*dx
Pdicin: Vix=0thiu=1; vix=1thiu=2"
1 2 {5 3
Ta c6: Ix7JI+3x4dx:~l—J.(u“—uz)du=—}— LI | &
: '18‘1 18{ 5 3
. 70)ChonD Pat u=x*+1= du=4x’dx |
Déican Vé‘ix Ithiu= 2'v6ix 2thiu=17 .
Ta ¢co: I dx _“I I7=M_
| PVx* 41 2,
71) Chon B
12‘_ 3
Taco: I(smx+3) cosxdx j(smx+3) d(smx+3)-(—sm—)—(3i§—)— =33Z
0 - 0 .

j =

2
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72)Chon D . Pat u=tanx =>du= __ﬁlx?_ﬁ
' : COS X

Déi can: Vdi x =0 thi u = 0: vdix:gth‘lu:l

n

] | ’ .
Ta c6: Ide = .f(uz +3)du = j(u’* +6u° +9)du
cos’ x ; & ,
5
=L 20’ +9u |] =20
3 © 5
‘ -;f .
73)ChonD. [ gy jd(cos") S
‘. s 1+cos2x cos"X  2cosxf, 2
3 3 | ’
74) Chon A. j COSX_4x = J' d(@ + sinx) =In|2 +sinx|? = In=
: 2 +sinx 2 +sinx 0 )

75)ChonB . Bit u=cos’x = du = —sin2xdx
D8&i cin: Vdix =0thiu=1; vc’iix:% thi u‘:é—__

n I
4 - 4 2
Taco: I—————l + Sinax dx = j dx__ J.QE = (tanx)

0 0 I

| .
=1+4+1n2.
]

% + ln’-u]

76) Chon B

SInX — COSX dx d(sinx + cosx)

ln«/— ——ln2
V1 +sin2x

lnlsmx + cosx[
SInX + CcOsX

&IN!__.NIH
Mao.._,wln

4

2 3 2 3 (1+sin’x)*|* 15
77) Chon C. I(1+sin2x')' sin2xdx :J.(l +sin?x)¥d(1 + sin®x) =————=L_[3 = 2=,
: b 4 0o 4
. 1o
78) Chon A. I Si2x dx = Id(4 c052 x) —ln|4—coszx] 2 &= ln—4—-
04 cos? x 4 —cos’x 3
79)ChonC . Dbit u=2+ sinx = du = cosxdx
2
Tach; [0S - _dx = J’Z(u 2 du —[21n|u| ) o
12 +sinx)’ i° 2 3

2

80)ChonD . Dit x:%—undx:.—du

Pdi can: Véix=0thiu=12[—; véix:E’_‘ thiu=0

L

174



COSZ()UX

2
= ' (~du)= [
Y 2008 2008
T T
x 2()()8( _ u) + Coszuox (_ _ u) 0 COS u+ sm u

du=]
T sin
>

7[

Ma I+IﬁI+J_J.du L S T AP S -
o 2 4 4 4
81)ChonC. Xem lai bai giai bai tdp cin ban Bai 15b.
82)ChonB

D{itx*tanu[ue[—E EJ ::>dx dl; =(l+tan’uydu
22 cos“u '

[ 3 Z ;
Tacd: I 2dx (Lt tan u)du J. os? udu = —]— J‘(l + cos2u)du
o (x +1)° (lan u+1)2 z 20
=l(u Jrlsin2u)Z =£+l-
2 ) o 8 4
83)Chon A. Cich gidi tuong tyf ciu 82.
' dx

84)ChonB . Pijt u=Inx=>du=—
X

D(‘Sicﬁn Véix=1thiu=0; vdineth‘lu=l
1

1. 3
Ta c6: JERLLE xd = J‘(3+u2)du=(3u+—l;—J 0

10
-

85)ChonC . PDat u=lnx:>du=95~
X

Pdicin: VGix=1thiu=0; v8ix=ethiu=1

0

¢ 2 ! 4 4 &
Ta c6: <Ilnx(l‘+ hx) dx = Iu(l +u)’du =(-‘-l4— +—§—u3 +9——J" S

X 2

0
(x) 1
dx = —dx
\/; 2x
Bdi cin: Vé‘ix-lth‘lu 0; véix=e?thiu=1

Inv/x

Ta cé: I dx =2 udu=u2:)=
| X 0

87)ChonA . Dit u:1+3lnx:>du=§dx
, X

Pdician: Véix=1thiu=1; vSix=ethiu= 4

g e

I

86)ChonB . Datu=ln\/§:>du=

1.

_14

9

17
12
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88)ChonC . Dit u=2+lm:::>du::g
. X
P8icin: Vdix=1thiu=2; vdix=e' thiu=5

5
_z\fdz

Tacé: Cj

=2(/5-2).

X 2+lnx '[

89)ChonA . Dit u:lnx:du:fli
. X

n

2 . ¢ . a5 . T
P6icin: V8ix=1thiu=0; v8ix=€e?2 thiu=—

| N

cos(lnx) dx =— j cosudu = lsm 22 l
: 2 0o 2 ,
90)ChonB . Pit u=In(tanx) = du= (ttz:() dx =— : . dx = 5.2:2);
cos“x. tanx i

Ddi can: Vi x = %tm u=0: véix :% thi =3

n

ani 2
J‘ﬂ(tanX) I udu:ll__m\[i:_l_lnz 3:_1-11123'
sin2x . 41 4 i
Z

91) Chon B. j’ cos(Inx)

1 X . 1

92) ChonD . Pbit u=\]1+lnx:>u2=1+lnx:>2udu=g
. X

P8icin: Vix=1thiu=1; vix=e’thiu=2

dx = Icos(]nx)d(lnx) :sin(lnx)le =sinl.

. 2 3
Inx ) u 2 8
Ta c6: dx=2 (v’ -Ddu=2| —-u || =—.
J‘xx}1+lnx ,'[ (3 J! 3
"93)ChonA . Pit u=ln\/;:>du=(\/;) dx=—l~—dx
J; 2X
Pdican: V8ix=1thiu=0; vix= Mu=—
- I
bR I 4 1
Tacé: Iln \/;+1d =2I(u +1du=2 -—+u 2="=
; X 4 0o 32

94)ChonB . Piat u=e™ " = du=-2xe™* 'dx

D8ican: Véix=-1thiu=1; vdix=0thiu=e
e 1%du_ 1
Ta cé: j dx=——

e 241 2, u?  2ul

c_ le
2e
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" In$ In5 -
95)ChonC . Taco: [— & = [~ dx
o’ 4 2e™ -3 V] ~3et +2

n3
Pit u=e* = du=e"dx
Pdicin:V8ix =In3thiu=3; vdix =InSthiu=5
InS

5 5

e dx | du ; 1 1
J X2 X :j. 2 :J.[ - Jdu:ln
(e") —3e” +2 u® -3u+2 ] u-2 u-1

In3 3
96)ChonA . Pit u=+ve*-1=u’ =¢* -1=2udu=e*dx N

Pdican: Vdix =In2 thiu=1; v8ix=In5thiu=2
Ins

2x 2 2 2 2 3
: J © dx=j‘wp—du‘i21uzdu+2jdu=2 i
1 u ] 1 | 3

WX
m2 Ve —1

5
=In—-

u-2
u-1

3

2

In2

. ) X 3
97)ChonB.  [(e* +2e*dx = [(e* +2d(e* +2)= le” b2y
’ 0

3

2 37

0 3
In.} ex In3 3 1 o
98) Chon D. —-————-~;dx: I(e" +1) 2d(e* +1)=-2(e" +1) ? " =2 1.
o Vet +1) 0
ln2_ Cx In2
————dx=|(e* + 1) d(e* +1)=-
g (D) (,I
Ix _ .-x I X -x
100) Chon D. Iex e_x d){zjd(e e
e’ +e

0 0

0

1 n2 5
c2+1 '
2e

99) Chon B.

=lIn(e* +e™)

|
o=1n

e +e™"

n x

2 ; 2
101) Cheon A. j(e"'i"" + cosx)cosxdx = Ie“"‘"d(sinx) +% I(l + cos2x)dx
0 0

0
24 l(x + —l—sin2x)
2

0

n
=e—-1+—-

LSAE]

_ asinx

=C

—
=

X : n x
4

4 4 .
102) Chon C. j(tanx +e"™ cosx)dx = J-smx aX + Ic““"‘ . cosxdx
0

3 COsX 0

n n

4 7 5
-— J’d(cosx) + le"™d(sinx) = (—lnlcos x| 4 esinx) 2 :

cosx ¢
| V2 2
2

=-In2 2 +¢ —1=an§+eT—1.

0

b b
103) Chon'C.  Phuong phép tich phén timg phdn I udv =uv :

' u=2x+1 du = 2dx
bit , =
dv =sinxdx |V =—cosx
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R n

n

2=3,

0

2
Ta c6: [(2x +1)sinxdx = ~(2x + 1)cosx
0

T 2
2 +2[ cosxdx =1+ 2sinx
0 0

104)ChonB. Pat (U7 2% *1 _, [du=2dx
dv =e’dx v=ege

Ta cé: j(2x+1) e'dx = (2x+1)c

2Ie dx [(2x+l)c" -—26"] 1:):e+1

2
105)Chon A.Patt =1+ x> = dt =2xdx. Tacé: jx]n(l +x2)dx = %jlntdt
: [§] ' ]

dt
u =Int du=—
By {dv=dt = { t

v=t
2
Do d6: 2 STEP ——l—j (t—l&t———t-)z=ln2~——l~.
2 2 2 -2
u= lnx du = dx
106) Chon D. Dit dv dx = -
\/; v=2\/;
Taco: |22 dx =2xinx[ -2 2 X[ =4-2e.
u =Inx t:h]'::-c—li
107)ChenB. Dat 3, dx = i
= v b
2x?
2 Inx Inx Yz 12 Inx 1)2 3 In2
Tach: [——dx=|-——= P+ =[x Pdx = o - — | == -2
{x3 ( x"’)' 2!' (2)(2 4x* )l 16 8

108) Chon C. Xem lai bai giai bai tip cin ban Bai 13a.

¥ g, = (Inx)""' du=(n+1). In"x. —
109) chon B. Xét I, = |(Inx)"*'dx; dat {“ ( =5 :
. ' -[ dv =dx vex

E = x(lnx)“”

(n+l)jln xdx=e-(n+1)I hayl , +(n+1)I =e.

n X

~ % ' ' 4 r
110)ChonC. I, +1,,, = jtanz"xdx+ Itanz““zxdx = Itanz"x(l + tan*x)dx
0 0 0

Pitu=tanx =>du= d’; = (1-+ tan’x)dx
COS X
Pdicin: Véix=0thiu=0; vdix=£— thiu=1
_ 20+l
Do d6: 1, +1,,,= [u*du=——| = L
. 2n+11° 2n+1

0
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111) Chon D
112) Chgrr A. Tuong tu cich gidi bai tdp cin ban Bai 19.

113) Chon D
£ & 410 43
114) Chon A. S=—J-x’dx+j‘x3dx=-x— L =ﬂ (dvdt)
4 0 4l 4p 2
115) Chon B

Dién tich hinh phdng cin tim 1a

4] 2
S= j(x2 ~2x)dx + j(-x2 +2x)dx
-1 0

8
=— (dvdt

116) Chon C. D4 thi (C) ciia ham s6 da chocé tiémi can xién 1A y= 2x+1
Dién tich hinh phdng cdn tim 13-

m 2 m
S = I[Lﬂiﬂ-(zxn)]dx:[[znn
. X+2 -

m

-(2x+l):ldx= J’ gx

X+2

=In|x +2|

m
|

=In|m +2| (dvdy)

_ ' .
Ma S=6nénln|m+2]=6¢>|m+2|=e¢.c>|:m_.e 2
| m = —e® -2 (loai)

117)Chon B. . Phuong trinh hoanh d9 giao diém cia

y=-x*+2vay=x1a: ~x2+2=x¢>x2+xu2=0¢:[;:1_-2
« Di¢n tich hinh phing c4n tinh 1a:

. Phuong trinh hoanh d4 giao di€m cia
y=—x?+2vay=xla:

x=1

x=-2

~x2+2=xx’ +x—2=0<:>[
- Dién tich hinh phing cin tinh 1a:

]
S=f(-x?+2-x)dx
5
3 2

1
X X 22 avay
| Y S
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118) Chon C
. Phuong trinh hoanh do giao diém
chay=3"viy=4-x1a 3* =4-x
ox=1
(Vif(x)=3"12a ham sd ting rén R,
g(x)=4-x 12 ham s6 gidm )

. Dién tich hinh phing c4n tim 14 :

7
=———— (dvdt
2 ln3( )

| 2 X
S=[(4-x-3")dx=| ax-X__3
0 2 In3 o

119) Chon D. "Tuong trcdch gidi cau117.
120)Chgon A
. Phudng trinh hoanh do giao diém
y=x2 ~2vay=x+4(x20)1a:
x? ~—X-6=0x=3 vx* -2 (loai)
. Dlen [lCh hinh phing can tim la:

S= 2j(x+4 x? +2 )dx

‘ % x
=zj(—x2+x+6)dx= —?+——2—+6x =27 (dvdt)
0

121) ChonB .y'=2x-2
. Phuong trinh ti€p tuyén cia (P) tai A, B lan lugt Ia
( Nhic lai : Phuong trinh tié’p tuyén véi dd thi ham sd y = f(x) tai M(x,;y,)
1a y-y, ={'(xp)x-Xp) )
d):y=yO)x-0)+3=-2x+3
(d):y=y'3)x-3)+6=4x-6
. Phuong trinh hoanh d6 giao di€m ciia
(d,)va(d,)la:

-—2x+3=4x—6<:>x=%

. Dién tich hinh phing cin tim 12 :
3

S=](x? = 2% +3)dx — [ (~2x + 3)dx —] (4% — 6 )dx
0. 0 3

2
x> 3 .
=[—3——x2+3xJ0+(x 3x) +(6x —2x?)

3 .
3= 2 (dvdt).
; 4

0
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122) Chon C
Do tinh d6i xing nén dién tich hinh
phdng cén tinh Ia
S=2[(sinx —x + m )dx
4]

= 2j'smxdx 2[ xdx + 21t[dx

0

:(—QCosx—x +27t) =4+T[2 (dvdy)

0

123)ChonD . Vi Vx €[0; 1] = x < x +sin’x
Dién tich hinh phdng cin tinh la:

S= j(x+smx x)dx-—f(l—cost)dx-(———stx) — (dvdv)
0
124)Chgn A . V3i Vxe[l;e]:>y=l—2
| \E
|
u=Inx d _dx
pat {4, . 4 = -
2Jx v=1x |
Ta dugc: S = \/_lnx jJ__(flnx 2Jx )[ =2 - e (dvdt)
125)Chon D 126) Chon C

127)Chon A. Tuong tu cdch gidi Bai tdp cin ban 26a.

4 4 4 ‘
128)ChonB. V =2x[(2v/x)?dx =8xfxdx =4nx? (=64 (dvur)
¢ 0 :

3

129)ChonC. Phu’dné trinh hoanh d6 giao di€m clia y = % y=x* 14

3
%=x2 < x’3-x)=0<x=0hoicx=3
x>
Ta ¢6: x? 2?, vx € [0; 3]
3 486n

3 6 50 U7
V=1tj x* -2 ldx == x___zc__
9 |7 M5 Te3 0T 33

130) Chon D. x> +(y-1)Y=l@-1Y=1-x* oy=1+yJ1-x* (- l<x<1)
. Thé tich ctia khdi tron xoay cdn tim 1a:

V=n_f[(l+\/:x_)2—(l—\/l—‘—x_) ]dx 41tj\/l—_)(—dx 2 (dvtt)

[Xem lai Bai tap cdn bdn 15b) ta ¢6 két qua ] 1-x*dx = 5 ]

(dvtt) ( xem cdu 126)
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| Chuomg IV SO PHUC

A. KIEN THUC CAN NHG

I. DANG PAI SO CUA s6 PHUC
1. Djnh nghia sd phic
Xéttaphop C={ a+bi/a,beR; i =-1
M3i phén tlf z = a + bi € C dugc goi la mdt s§ phitc
. a dudgc goi 1a phan thyc cla z
. b dudc goi 12 phan 0 clia z
. 1 duge goi lé don vi do
Chiy:
- Mdi s6 thuc a dugce coi 1 mét s6 phitc c6 phdn do biing 0, tifc 13
z=a+0i=aeR
- 88 phi¢ c6 phin thyc bing 0 goila 58 40 ( con goi 12 8 thuin 30) :
z=0+bi, beR.
2. Hai s phic biing nhau
Chohalsﬁ'phu’CZ a+bi,z’=4"+b'i(a,b,a’ b’eR)

a=a'
b=b'
3. Biéu dién hinh hgc cia sé phic

Tacé:z=2' @{

YA

. S6 phitc z = a+bi (a, beR ) dugc biéu .
di&én di€m M(a; b) hay bdi ii(a; b) trong ‘ /
mit phing toa d6 Oxy (m3t phing phic). M
. D9 dai cia OM dudc goi 13 mddun
cia s§ phic z va ki higu 1 2]

Ta thdy 2| =[OM] = V2% + 7. | | of s

x
4. S8 phic déi nhau

Cho s0 phic z = a+bi (a, beR). Ta goi —a—bi 13 s6 phitc d6i cia z va ki hiéu
—-z=-a-bi. |
5. S& phic lién hgp

Cho s& phic z = a+bi (a, beR). Ta goi a—bi 1a s& phic lién hdp clia z va ki
hi€éu Z =a - bi.

I. CAC PHEP TOAN TREN SO PHUC
1. Cdng, tni¥ s6 phiic
Cho hais6 phifcz=a+bi,z' =a'+b'i (a,b,a’,b’eR)
Tacé: z+zZ' =(a+a)+(b+bd) ; z-z'=(a-a)+(b-b"i
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2. Nhian hai sd phic
Cho haisd phitcz=a+bi,z'=a’+b'i (a,b,a’,b’'eR)
Tacé: z.z' =(aa’-bb")+(ab'+ab)i

3. Chia hai s6 phic

v s . . g - 1 z
. S6 nghich ddo cia s6 phicz=a+bi=01as6z Vel 2 Z?_ =— z >
: z ‘z| . a“+b
. Phép chia s6 phifc z’' cho s& phitc z khédc 0 12 tich ciia z'-v6i s6 nghich

dao ciaz
. Cho hai s6 phitcz=a+bi,z'=a"+b'i
z’ a'a+bb ab'—ab,
Tacé: —= T Ty
z a“+b a‘+b
4. Nhiing kién thific can hoc nhé khi thyc hanh toan sé phic
Lit=-1 g P =iti=—i it =it iR = (-1 =1
.zlasdthuic ©z=2
z1a s6thuAndo > z=-2Z

_ - 7N 5.
.2+2'=2+7 ; (Z)=2; 2.2'=Z2.7 ; (—]=: (z#0)
, z) 7
. lz|20,vzeC |
| =|]. |2 o My #0)
-2z =|7. |2] . - —lzl (z:
: |z+z'|s|z|+ z'l,Vz,z'eC

ll. CAN BAC HAI CUA SO PHUC, GIAI PHUONG TRINH BAC HAI

1. Dinh nghia .
Cho s6 phitc w. N&u c6 56 phiic z thda min z> = w thi z dugc goi 12 mdt
cidn bic hai cia w.

2. Cach tim can bic hai cia mt sd phiic
Chosé phitc w =a +bi(a,be R,b#0). Tim cin bic hai cia w

Phuong phép
. Goi x + yi 12 mdt cdn bac hai cia z. Ta c6:

(x+yi) =a+bie>x? +i’y? +2xyi=a+bi < x> —y* +2xyi=a+bi

2.2
X~y =a 4
| < {2xy =b )
. Gidi (*) im dudc x, y |
. K&t luin :
Luuy: » w=0c6ding mbtcinbichailaz=0.
« w#0 c6 ding hai cin bic hai 1 hai s6 d6i nhau (khdc 0)
- -Haicinbichaiciaa>01a +a
-Haicinbichaiciaa<01a ++/-ai.
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3. Phuong trinh bac hai

Xét phuong trinh bic hai Az> + Bz +C 0 (*) trong d6 A, B, C 1a cdc s0
phic cho trudec va A =0

. NéuA=B?-4AC =0 thi (*) ¢6 hai nghi¢m phén biét la:

. -B-38 -B+96
Zl == ; Z2 =
2A 2A )
(trong d6 6 1a mdt cian bic hai cia biét so A )
. ‘ B
. N&u A =B? ~4AC =0 thi (*) c6 nghiém kép 1a: z, =z, = X

IV. DANG LUQGNG GIAC CUA SO PHUC
1. Dinh nghia

+ Cho s6 phitc z#0. Goi M la diém trong mit phing phifc bi€u dién z. S§ do
(radian) cia mdi géc lugng gidc tia ddu Ox, tia cudi OM duge goi 1a mot
acgumen cua z (xem hinh vé L. 3). :

+ r(cosp+ising)( r > 0) la dang lugng gidc clia s& phitc z = a + bi=0 véi
a, beR. Trong d6 r, ¢ = (Ox, OM ) lan ludt dudc goi 12 médun va mdt acgumen
ciia s6 phifc z ( xem hinh v€ 1. 3).
2. Cach tim dang lugng giac cia so phic dudi dang dai so

Pé€ tim dang lugng gidc r(cose +ising ) (r>0) cua sO phu’c z=a+biz0
(a, be R) thi ta phai

.Timr: r=va® +b’
.TIm@: cosp=> va sin(sz-
r T
3. Nhin, chia s8 phic dudi dang lugng gidc |
Néu z =r,(cosg, +ising, ), z' =r,(cosg, +ising, )(r, 20,1, 20) thi
- 2.2'=1,.1,[cos(@ +¢, +isin(p, +¢, )]

= —:L[cos(gpl — @,) +isin(¢, —@,)] (khir, >0)
2

4. Cong thiic Moa- Vro ( Moivre ) ,
Néu n 12 s6 nguyén ,n >1thi[r(cosg +ising )]" =r"(cosng + isinn@)
5. Can bac hai ciia sd phic dudi dang lugng giac

Céc cin bac hai cla s§ phifc r(cosg +ising ) 1a \/;(cos% + isin%)

va - ﬁ[cbs% p isin%) = ﬁ[cos(-g % n) + isin(—(g % nﬂ véir > 0.
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B. BAl TAP CAN BAN

§1. SO PHUC
Bai 1. Tinh phin thuc va phédn do clia cdc s6 phifc sau
a)(2—-1)+(5+31)—(1+1) b)(1+1)® —(
¢) (3+20)(3 + 5i) gy
2+ 51
Giai

a)2-1D)+G+3D-+1D)=Q+5-D+(=1+3-1D1=6+1 )
S phitc ¢6 dang z = a + bi véi phan thyc a =6 va phdn do b=1.
b) Ta co: , .
A+ =P +3. . i+3. L.+ =1+31-3-1=-2+2i
(1-D?=1"=2i+i’=1-2i-1=-2i
Do dé: (1+i) —(1-1)° ==2+2i —(=2i) =2 +4i
S3 phifc ¢6 dang z = a + bi véi phan thyc a = -2 va phin do b =4,
¢) 3+21). 3+51)=9+15i +6i+10i® = (9 -10) + (15+ 6)i = -1 + 21i
SO phirc ¢6 dang z =a + bi vdi phan thyc a = -1 va phin do b=21.
1+3i  (1+3i)(2-5i)  2-5i+6i-15i s 17 1,
2450 (2+5iK2-51))  22-5%% 29 29 29

. ; . . 1
S& phitc ¢6 dang z = a + bi vdi phan thuc a = % vaphandob= 29

Bai 2. Chos6 phitc z=(3x +10) + 3y =3)ivaz' =(3-2y) - (5x = 6)i. Tim

c4cs6 thuc x,ysaochoz =z

| Giai
, 3x+10=3-2y j3x+2y=~7 x=-1
Tac6: z=2 & o, e ! <
3y-5=5x-6 [5x -3y =1 y=-2
, . (x =-1
Vay haisd thuc can tim thda mﬁnz=z'lé{ .
y=-—<
Bai 3. Tim cdc s6 phic z biét |z| =4 va z 1 thudn 4o.
Giai

86 phitc z c6 déng z = bi

Tacé: |z7|=4< Vb’ =4 |b=4b=14

V4y sd phifc cin tim 13 z = +4i.
Bai 4. Cho s& phirc z = (1 -2i)(2 +i)?

a) Tim s6 phic lién hgp Z clia z b) Tinh m6dun cilia z
) Tinhz+Z d) Tinh z.Z.
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Gidi
z=(1-2i)2" +4i+i’)=(1-20)(3+4i)=3+4i—6i-8i' =11-2i
a) S6 phitc lién hgp cliaz1az =11+ 2i
b)Moduncuazlar—|z| V11 +(—2 _«/12_
e)z+Z=22
d)z.z=(11—2i)(ll+2i)=ll"‘—22i2=121+4=125.

Bai 5. Cho sd phitc z = 5 + 6i. Tim s8 nghich ddo cia z.

Gidi
S6 phic dachoc6dangz=a+bivéia=5,b=6
1 z 5-61 5 6

S8 nghichddoclazlaz' =—=———= == _2
Z a“+b 61 61 61

Viy s8 phitc nghich ddo cdn timciazlaz™ = % - %i.
Bai 6. Gidi cdc phuong trinh sau:
a)(3+5i)z=z-1 b)(3-i)z-5=0
€)5+2Z=3-4i | d)z’ +4=0
Giai
1 2-5i

a)(3+5i)z=z2-12+51)z=-12=-

2451 (2+50)(2-51)

2-5i 2-5i 2 5.
HZ=— = - =——4—1.
2% _ 522 29 29 29

j 15 1,

b G-i)z-5=0e7=— =0t 15431 D 1,

‘ 3-1 (3——1)(3+1) 10 10 2
15 1
z=———i
102

, c)_5+22:3—4ic>22=—-2—4i¢:>‘z'=—l—2i:>z=—|+2i.
)z +4=07"-4i' =0 2+2)z-2)=02=12

Bai 7. Vi€t cdc s& phic sau dudi dang dai s6

2009
a)z =1209i*"7 +1204i*** - b)z :(—3-]

-1

Giai
" a)z =1209i%%7 +1204i%®® =1209(3*)'*. i+ 1204¢*)'™
=1209(=1)'".1 + 1204¢~1)'"* =1204 -1209i.

Viy s6 phitc di cho viét dudi dang dai s6 12 z =1204 -1209.
| ‘ y
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2009 . 72009
b)zz[l_%J :[21“_“;2')} = (1 D™ = [(1+ )1 (1+ )

=(1+1* +2D)'"™ . 1+ D) =2D)'™. (1 +1) =2".G*7.(1+1)
=2 (12 (1 +i) =2""" (1 +1).
Vay s& phifc di cho viét dudi dang dai s6 1a z=2"".(1+1).

§2. CAN BAC HAI CUA SO PHUC.
PHUONG TRINH BAC HAI

Bai 8. Tim ciin bac hai cia mdi s& phifc sau
a)9 b)-9 : ¢)—7 d) 4i

Giai
a) Cinbichaicia9la +3.
b) Tacé: —9 =9i’ nén cin bac hai cda —9 13 + 3i.
¢)Tacé: —7 =7’ nén cdn bic hai clia - 712 +iy/7.

d) Tac: 4i=2(2i)=2(1+2i+i* =2(1+i)* nén cin bic hai cita 4i1a

3 \/5(1 +1).
Bai 9. Tim ciin bic hai ctia mdi s6 phifc sau
a)-3+4i b) 1+ 44/3i
Giai
a) Cdch 1.

Goi x +1iy (x, y € R ) 1a mdt cin bic hai cia —3+4i, ta c6:
xXX-y*=-3 (1)

o S . f o %
(X +1y)" =Xx" —y° +2xyi 3+41¢>{xy=2 )

2
(2)=>y=; x=20 3

Thay (3) vao (1) ta dudc: x? —iz =-3ox*+3x2-4=0
x ’

< x* =1 (nhén) hoic x* = -4 (loai)
s Vix=1thiy=2
. Véix=-1thiy=-2
Vaycinbachaiciia —-3+4ila 1+2iva —(1+2i)
Céch 2. :
Ta c6: ~3+4i=(1+2i)° = cinbic hai cia —3+4i 13 +(1+2i).

b) Goi x +iy (x, y € R ) 12 mot ciin bic hai ciia 1+4+/3i, ta c6:
x*-y*=1 (1)

x+iy) =x2 -y +2xyi=1+4fBi =
(x +1y) y y xy=243  (2)
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23

(2):>y=—x— (x=0) (3)

2
Thay (3) vao (1) ta dugc: x° —17 =lox-x*-12=0
X
< x’ =4 (nhan) hoic x* = -3 (loai)

. Véix=2thiy=+3
. Vdix==2thiy=—/3
Vay cdn bic hai cda 1+43ila +(2+/3i)

Bai 10. Gidi cdc phudng trinh :
a)x’ +6x+10=0 b)) x?-2(1+3D)x+2i-5=0
)22 -@+1)z+5(1+1)=0 d)z®-3(1+20)2° +(-3+81)z+5-2i=0
Gidi ‘

a)x2+6x+10=0c6dangAx2+Bx+C=0vc‘nA=1,B=6,B'=-]23=3,

C=10
Biétsd A'=B'* — AC =-1=i,cin bic haiclia A'la +i
Vay phuong trinh da cho c6 hai nghi€ém phan biét la :
B -JA’ . B +JA'
X, =——————=-3-i Vd Xy =——
a a
b)x* —=2(1+3i)x +2i—-5=0cédang Ax* +Bx+C=0vdi A =1,
B=-2(1+3i),B =—(1+3i),C=2i-5
Biétsd A'=B? ~AC=(1+3i) -(2i-5)=-3+4i
Cin bac haiclia A'1a +(1+2i) (két qud Bai9a)
VAay nghiém cia phuong trinh dachola:x, =i va x, =2+5i.
¢)z’ —(4+1)z+5(1+1)=0c6 dang Az> + Bz+C=0vGi A =1,
B=-(4+i), C=5(1+i)
Biéts6 A=B> ~4AC=(4+1)’ —20(1 +i) =-5-12i
Cin bic haicla Ala 2-3iva —2+3i ( gidi twong ty Bai 9)
Viy nghiém cla phudng trinh dd cho la : z; =3 -1 va z, =1+2i.
d)z® -3(1+21)z° +(-3+81)z+5-2i=0
< @E-D[z? -2(1+3i)z+2i-5]1=0
<>z =1hodcz=1ihoicz=2+5i (két qua Bai10b)
- Viy nghiém cla phuong trinhdacholaz=1,z=i,z=2+5i.

=-3+i

3 e Z,.2, =5(1+1)
Bai 11. Giai h¢ phudng trinh bac haihaidnz,.z,: § , _
| Zy +25=5-2i

188



Giai
Ta ¢6: (2, +zz)2 :zf +z§ +22,.2, =5-21+2. 5(1 +i)=(4+1)?
=7,+2,=4+1 hodcz, +z, =—(4+1)
Truong hop 1 - z,, 7, 1a cdc nghiém cla phudng trinh bic hai
(z2=3-i
lz=1+2i
Truomg hop 2 : z,, 7, la cdc nghi€m clia phudng trinh bac hai

zZ2 —(4+i)z+5(1+i) =0 ( k&t qua Bai 10c)

rz % N Z:"'3+l s 9. a s t
Z +(4+1)z+5(i+1)—O<::>_z:_(1+2i) ( giai tuong ty Bai 10c¢)

Vay vhé da cho c6 4 nghiém
GB-1;1+21); (1+21;3-1); (=3+1; —(1+21); (=1 +21); =3+1).

§3. DANG LUGNG GIAC CUA SO PHUC. UNG DUNG

Bai 12. Vi€t dudi dang lugng gidc clia cdc s6 phifc sau
a)z=v3+i ‘ b)z=-3(/3 - 1)
Giai
a) C4chl. z=J3+icédangz=a+bivsia=+/3, b=1

. M6 dun cida z 1a r =+a® + b? :\/Z=2
a 3 b
r

. Goi ¢ 12 mdt acgumen cia z, ta ¢é: cosQp=—= 5 va sinQ =
r .

1
2
y18

De=—

Vay z = r(coso + ising) = 2(cos§+ isin—g—} |
Céch 2. Ta c6: z=\/§+i=2(l{2—§—+%- iJ=2(cosg—+isingJ.

b)z:—3(\/§—i)c6dapg z=a+bi vdia=—3\/§, b=3
. M6 dun cla z 14 r=\/_a2 +b? =36=6

cosQ =
. Goi ¢ 1a mdt acgumen cia z, ta c6:

sinQ =

| Tm e
8| —

Viy z=r(cos@ +ising@) = 6[cos—5é£ +isin %I)

Bai 13. Viét cdc s6 phirc sau dudi dang lugng gidc

a)z=- cos—’—{—+isin£—]. b)z=6[—cosf-+isin1t-)
12 12 6 6
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Gidi

i n s T 13n 13n
a)z——cos———lsm——cos T+ — |+isin| T+ — = COS—— + isin—
12 12 12 2 12 12

b)z=6 cos[n’ ——75) + isin[n —EJ = 6[cos-5~7—t~ + isin~5—x]-
6 6/ . 6 6

Bai 14. X4c dinh m6dun va mot acgumen cia s§ phifc :

( r n)
. 4| cos— +1isin
a)z= (cos—n— +isin E) - 3
P . 5, "6 +v2 + (6 - Vi
Giai

8i  8i(i+43) _8(1- By (1 43

Tacé: -~ =4 = X
B O NN SV VN S (2 2 ]

feof ) sn(-3)

Theo quy tic nhan hai 56 phifc dudi dang lugng gidc, ta c6:

{ ) ([ n .. 7:)
cos{ —— |+1isin| —— ||| cos—+isin—
LS 5
=4 cos| - =+ = | +isin|'~-Z + = || = 4| cos| — <= | +isin| — =
[ 3 35 3 54 13 15

Lo , 2
Viy médun va mdt acgumen cia s0 phicz 1an lugt 12 4 va - %

T .. W T .. T
cos~ + 1sm»§ cosg + 1sm§
b)Tac6:z=
‘/6—+‘/_ ‘/_ ‘/_, COS—~ + isin
4 4 12 12

Theo quy tdc chia hais6 phic dudi dang lugng gidc, ta cé:

. T - ‘T{ T T .. T
- Z=C0§ ——— |+ 1SIN| ——— | =COS— +1S1Nn—
, (3 12) [3 12) 4 4

A A 3 A 2 ~ P A . n
Viy mOdun va mét acgumen cua s6 phic z lan lugt 1a 1 va r

Bai 15. Tinh
a) (_J_3_ + i)IZ b) (l $ i)z(l)ﬂ

[ i )”‘”‘ 2 5( o 71:)
)| — )z— cos— +isin—
\l+i | V3 +i 4 4
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Giai
a)Tacé:—ﬁ+i=2 —£+i-i =2(coss—n+isin§£]

2 2 6 6
Theo cong thitc Moivre :

(-3 +1)2 = 2“"[coslz-5—g‘-+ isin12 -%‘-)z 2'2(cos10m +isinl Om ) = 2"

: 1 1 . i T . I
b) Ta cé: 1+1:\/5(—+—-1J=\/5(cos—+ism——]
V2 2 4 4

Theo cong thic Moivre:
(1+ 'i)z()()g _ (\/5)20()3 [COS 20287[ PR T 20087[]

1S1n

= (v2)™* (cos 502z + isin5027) = (v2)™* (1 + 0) = 2",
¢) Ta c6: .

; l(l_l) S I : l (Cos-’-t--.;-isinf.)
1+i  1-i° N \/‘ \/’ NG 4 A
. 2008 2008
Cong thiic Moivre: [_‘_J = (_1_] (COS 2008z .. 20031:)

I1+1 \/5

, 2,()04 ———(c0s 5027 + isin502n) =
o Ta o6 \/§2 i 2(3:6‘;1) ) Z(Ji_l) ) \g “'12‘ =°OS(—E)+isin(—£)
' +1 =~

5 .
. 2 Sty .. RY s
Theo cOng thdc Moivre: = CO§| ~— |+isin| ——
& (J'i +iJ ( 6 ) | ( 6 ]
Theo quy tic nhin hai s& phitc dudi dang lugng gidc, ta co6:

Z=COS$ Jx 2% +isin JE 38 cosll—nﬂvsn-]m]-E
4- 6 4 6 12 12

]

Bai 16. Cho s6 phifc z = x +yi (x,y € R). Tim lim|l + =
A~ a0 n

Giai

 Tac6: 1+£=(l+i]+li:> 1+.Z_‘
: n

n n

Suy ra: lim|l+>

B—p4a0
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n—d+r

’ 2x  x? +y?
‘ ) 5 In} 1+°=+——~- .
- n
Ma 1im-"—1n[1+—5+" Yy J:lim g ( x2 +y )

n " n?

2 2
1n{1+2~xm+x +2y J

: n n : X +y°
=lim 5 = - lim| x + =], %=
novee 2X X" +y n 2n
n n’
n
R ) 7 <
Viy: lim|l+—| =¢€".
n-+x n

Bai17.Chox #k2n, ke Z.Tinh:
a) S =sinx +sin2X +---+sinnx - bj T = cosx + cos2X + -+ +cosnx

Giai

a),b) Piat: z =cosx +isinx
Ta ¢6: T +1S =(cosx +isinX) + (cos2x +isin2x) + -+ +(cosnx + isinnx)

z(z" -1) _ (cosx +isinx). (cosnx +isinnx - 1)

=z+2% +- 42" = —
o oz2=d ~cosx +1sinx —1
_cos(n+1)x +1sin(n + 1)x —(cosx +isinx)

cosx +isinx —1

(n+2)X sin ™ (n+2)x . Pi)i

-2sin —+ (ZCOS ~———"—8In
2 2

—2sin® £ + i[ZSin X CcOS E]
2 2 2

. DX
S —

2 n+l .. n+l
= " COS > x+1sme
sin —
Slnll}" 1 @i!)_x Slnnx C S(n+1)x
Do dé: S= —2 . 2 1= 2 2
sin — sin —
2.

C. CAU HOI TRAC NGHIEM
- 1)Phén thyc cla s6 phitcz=3+4ila:

A.3 B. 4 ' . C.0 D. 4i
2) Phin 4o ctia s6 phitcz =2 -5i la
A. 2 B. -5 C. -5i D. -1

3) S6 nao trong cdc s phitc sau 1a so thuc?
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A. (/3 +2))-(3-2i) B. (3+2i)+(3-2i)

C. (1+2i)+(=1+2i) | D. (5+2i)- (/5 -2i)
4) S& nao trong cdc s6 phitc saula s§ thuando? . |
A. (V2 +2i)+ (2 -2i) | B. 3+i)-(2~i)
C. (5-iv2)-(5+iv2) D. (2008 + i) + (2009 - i)

' 5)‘Ch0 s& phitc z = (m?* + m —2) + (m* —1)i (m € R). Gi4 tri ndo clia m dé

714 & thuin 40 va khac O.

A m=1 B.m=2 - C.m=-2 D. m=tl
6) Tim cip sO thuc (x;y) thda hé thite 3x +1+(1+y)i =5-x +Q2y - i
A. (1;2) B. (2;:1) C. (1;-2) D. (-2;1)
7)S6 phirc lién hgp cdaz =(1-1)(3+2i) A : ' '
A.z2=1+1 B.z=1-1 C.z=5-1 D.Zz=5+1
8) S6 phitc z = (1 +2i)*(1-i).cé mddun la :
. ‘ ; 242 10 .
A. 2| :5\/5“ B. |z| =50 C. |z1=—\3-/——— D. |z|=—3—
9)Cho sd phfrcz=a+(a—1)i(aeR).Giétrinéocﬁaa‘dé|z|:l?
A.azi B.az2 C.ézOvazi D.|a|::l
2 - 3
10) Dang z = a + bi clia s6 phic T 12 s& phitc nao dudi diy?
3+ 2
AR g 2aEy o2 12 By, -k 2L
13 13 13 13 13 13 13 13
11) Ménh dé nao duéi day la sai ?
A. z+7Z 12 mt s8 thuc “ B.2+2'=72+7
C. -—1—7 + -1—- 12 mdt s6 thuc D. (1+1)° =2"i
1+1 1-1 ,

12) Chosd phitc z =3 +4i.2™' ¢6 modun bing
A —— B. 1 c.t D.

N 5 3

13) Cho s8 phifc z = -3 - 2i . Xét cdc ménh &

|-

— 42 24
I z=-6 : Mz+z =——= -
D z+z (I z+z 3 ]31
Ménh déndo saudiy ding?

A. (I)ding, (1T)sai B. (I)sai,(Il) ding

C. Ca()va (l)déudiing D. Ca(I)va (I déu sai
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14) Phén tich z =27 +i vé dang tich cla hai sd phic. Khﬁng dinh nao sau day
ding?

A, 3+1)(8+31) ' B. (3--1)(8+3i)

C. %(3—i)(8—3i) _ | 'D. ~—]~(3—i)(8+3i)
15)Choz = i—tf +;—:; Trong c4c két luan kél tudn nao ding?

A.zeR. B. z1a s6 thuan io.

C. Modunciazbiing 1.  D. zc6 phin thuc va phan do déu khdc 0.
16) Ménh dé nao dudi day 14 sai? E
i 200% = | B. (i-1)'1a s6 thuc

C. z+7 12 s0 thudn o D. z.Z 12 s6 thuc.
:7)Cho sd phic z =a +ai(ae R). Trong mit phing phu’c ap hdp cdc

A, 140405 4ot i

di€m bi€u dién clia cdc s6 phic z khi a thay ddi la :

A. Puong thing y =x - B. budng thing y = ax 5
C. Dudng thing y=ax-—a D. Pudng tron x* +y* =a’
18) Trén mit phing phiic, tdp hdp moi.s§ phitc z théa man|z —i| =114

" dudng tron c6 phuong trinh nio sau diy?

A. x2+y2—2x—1=0 B. x2_+y2—2x+y—l':()
CCoxP+y? —4x+2y-3=0 | Dx+y’—2y 0
19) Trén mat phéng phu’c tap hop diém bi€u dién céc s6 phlrc z théa man |z| <313

“A. Hinh tron tim O, ban kinh R =3,
B. Hinh trdn tim O, ban kinh R = /3.
C. Hinh tron tdim I(0; 1), bdn kinh R =3. .
D. Hinh tron timr I(1: 0), ban kinh R = 3.
20) Tép hdp céc diém trong mat phing phic biéu din céc 58 phifc z thda
man |z +2i[<11a:
A. Hinh tron tdm I(0; 2), bdn kinh R =1.
B. Hinh tron tim 1(0; —2), bdnkinh R =1,
C. Hinh trén tim I(-2; 0), bdn kinh R =1.
D. Pudag tron tdm 1(0; -2), bénkinhR=1.
21) T4p hdp cdc di€m trong mit phdng phitc bidu dién cdc s3 phifc z thda
min 2z -i|=|z-7 +2ila:
A. Dudng tron tim I(0; 1), ban kinh R =1.
'B. DuGng tron tam 1(+/3; 0), ban kmh R'= \F

2

C. Paraboly = % D. Parabol x = —)—14— |
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. - 2008
22) Bi€u dién vé dang z = a + bi clia s§ phifc z =

la s& phic nao?
¢

‘ (1+2i)° ,
N RN AN €, g D, -3y
25 25 25 25 25 25 25 25
23) Piém biéu dién cla s6 phifc z = £ —;l)(;_l) cétoaddla:
+2i :
A. (1;-4) B. (-1;-4) C. (-1;4) D. (—4;-1)
24) Téap hop nghiém cia phuong trinh iz + 2008 -i =014 ‘
A. {2008 + i} B. {~2008+i}  C. {l+2008i} D. {-2008}

25) Tap hdp nghiém ctia phuong trinh (3-1)z-5=01a:

A. {i;ii} B. {1—31} C. {—3—+li}
572 2 2 " 1272

26) Tap hop nghiém cia phuong trinhz +2.Z = % la:

afiedit omfblb e fndih el
2 2 2 2 2 2 ' 2 ]

: .\ 2008

27) Tap hdp nghié¢m cla phudng trinh Gj—j z+(1+2i)(1-1)=01a:

A.=3-i) . B, {E3+i) C. {3-i D. 3+i}
28) Tap hdp nghi€¢m cuia phudng trinh 3z -z =2(3-10i) 1a :
A {-3-5i) B. -3+5i}  C.{3-si} D. {3+5i}
29) Tap hdp cdc nghiém etia phudng trinh x* +16 =014 :

A. {-4i:4i} B. {-3i;3i} C. {-2i;2i} D. {-4;4}
30) Cin béc hai cia ~51a: y |

A. Vsi B. -/5i C. 5i D. +/5i

31) Cian béc hai cda 2ila ;

A.1+ivi—1-i B.-2ivav2i C.2+ivd-2-i D.1+iva3—i

32)Can bichaicia9-40ila:

A. £(3-4i) B. +(5-4i) C. +(5+4i) D. +(3+4i)
33) Can bic haicdaila:
V2 V2. 2 2. V2 V2.0 V2 2
A. +—ivd — ——1i B, —+—ivdi——-—1i
2 2 2 2 2 2 2 2
c V2 V22 2y Mot két qué khéc.
2 2 2 2 - -
' 34) Ciin béc hai clia - 2 + 24+/2i dugc biéu dién bdi cdc diém nao sau day
trong mét phing phifc?
A. (25V2)va (-3-5V2) B. (3;2V2)va (3;-2v2)
C. (43v2)va (-4 -3V2) D. (1;4v2) va (-1 - 442)
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35) Tap hop cdc nghiém ciia phuong trinh z° + 4z +5=01a:

Ac{-2-2i;-2+2i} - OB.{-2-3i;-2+3i
C.{-2-4i;-2+4i} D. {-2-i;-2+i}

36) Tap hdp cdc nghiém ciia phudng trinh z° +2Jz|-35=01a:

A. {-5;5} B. {2-3i;2+3i} C.{-5i;5i} D. {2-i;2+i}

37) Tap hdp céc nghiém clia phuong trinhz* = -3+ 4ila v
A {-1-2i1+2i} B.{-1-3i;1+31} C.{-3-2i;3+2i} D.{-2-3i:2+3i}
38) Tap hgp cic nghié}n ctia phuong trinh x2 +3x +10i =013 ' ;
A {1+2i;4+2i}  B. {1-2i;-4+2i}C. {1+3i;-5+2i} D. {1-3i;5-2i)
39) Tap hdp céc nghiém clia phuong trinh 2x* + (i +3)x +7i+1=01a: -
A. {1-3i;i-2}  B.{1+3i;i+2}  C.{2-3i;i-1}  D. K& qui khdc
40) Phuong trinh bic hai nhdn z, =-143i,z, = -4+ 2ilam cdc nghiém?
A. 27 +3(1-1)z-2(1+5i)=0 B. 22 +2(1+1)z+3(1-4i)=0
C. 2 +5(1-i)z-2(1+T)=0 D. 2% - 3(1+i)z+2(1+7i)=0
41) Cho phuong trinh x* + (1+i)x + 2i = 0. T6ng cdc binh phudng clia cdc
nghiém ctia phuong trinh trén viét dudi dang a + bi nao dudi day?

A. 7-2i B. 3+2i C. 5-2i D. -2i
42) Tim hai s& phirc biét tng va tich cda ching lan luot bing -6 va 10
A. -3-iva—-3+i B. -2-3ivd—4+i

C. -5+2iva—-1+3i D. -8+5iva2+3i

43) Phuong trinh x* — (2 - i)x + 3 —i = 0 c6 hai nghiém x,, x,. Khing dinh
nio sauday 1a sai? '

A X, +x,=2-i B. x,.x,=3-1
C. x{ +x;=-3-2i "~ D. x; +x; 1258 thyc

44) Cho s6 phifc z =3 +4i, Z 14 s6 phic lién hgp cla z. Phudng trinh bac
hai nhidn z va Z lam céc nghiérﬁ la: ;
A 22 -6Z+35=0 'B. 27 -6Z+25=0

C. 22—6Z+—:;=0 D. 22+6Z+%=0 )

45) Tap hop cdc nghiém clia phu’dné trinh x* - 1 =01a:

A {-L-i} B. {+1} C.{£1;%i} D.{i%}
46) Dang lugng gidc cita s6 phitcz=1-ila: |

A. 2 cos£+isin-JE : B. x/i cosE+isin£
4 4 , : 4 4
C. 242 cos3—7{+isin—3£ ‘ " D. V2 cos(-—ﬂjﬂsin(—ﬁ)
4 4 4) 4
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47) Dang lugng gidc clia sO phic z = ——]figl la:
, +i

A. \/5 coszﬂsian ‘ B. 2 cos—5—1£+isin~5—15)
12 12 1212
C. l(cvcvss—ﬂJrisins—n) - D. \/E cos(mz]ﬂsin[-— 51[_]
2 12 - 12.} 12 12
PN BT T .. M),
48) Dang lugng gidc cua sd phitcz = —2(005—5 +isin E] la:
A. \/i co:;i1~[—+isin§—1l B. 2(Cosﬂ+isinﬁ
3 3 , 3 3
¢ J7] cos Xt isin D 2| cos 2" 4 isin
-3 3 ‘ 3 3

' 5 . 4 5 .
49) Phin thyc va phan dociaz = Z(COS% + isin %E) lan lugt theo thifty ?

A. 1,43 . B. -3 C. 2,-3 D. -1;-43

e 5 A 3 7[ % 15 3
50) Tim mot acgumen cua sd phic z = cos— —1sin— dudc

Ao 23 B. &2 22, p. "
- 3 3 3
51) Tim mdt acgumen ciia s§ phic z = -3 + 3i dugc
%, 2% B.2 c. p. X
3 4 3 6

52) Ménh d€ nao dudi day 1a sai?

Aci+it+it+i' =0.

B. S6 phicz= 3((:03% + ising) c6 mdt acgumen bing -3—

C.z= 2((:05-;E + isin%) c6 modun bing 2.

. 1 A3
=—+—1.
3 3

D. z=cos!l5" +isin15’ = z

' 53)Chos8 phifcz =1+1,2' =3 —i.S6 phifc = ¢6 mdt acgumen la géc
; Z

nao dudi day ?
A 2" B N | c. " p. *
4 g 6 12
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54) Chosé phitcz =6 + s/i + (6 - \/E)i .Tim mét acgumen clia z*

A x B.X oz - p.2"
6 4 3 4

55) Cho hai s8 phiic z, =2 cos— +isinZ vaz, =3 CoS = + isin— |.

' ' 4 4 12 12 /-

Dang dai s6 cia tich z,.z, 13 :

A.3+33i . B.3-3V3 . C.-1++3i D 1+43i
56) Dang lugng gidc cla sO phifc (1 —i\/§)7- la: . -
A. 27(ces&t—+isin13—n) B. 27(cos-3-—5—n-+isin-§7—[~)
o f3 _ 3 ' "3 3
C. 27(cos'gt—+isiﬁ@ " p. 2’ coss’é—’zﬂsinﬂ)
573 3 6 6

57) Cho s phicz = —%‘4- i}i .Khdng dinh nao du6i day 12 sai?

A. S8 phic z ¢6 phin thyc bing —%; phan 4o biing -—{3—

E)

B. S§ phitc lién hgp cliaz1a 7 = 5= Ti; ,

C. Mbdun ciazbingl.
D. S8 phitc z c6 mdt acgumen bing 60° .,

- 58) Tap hdp nghiém cﬁa*phu’drig trinh z° + 2cosa.z+1=01a: '
A. {-cosa+ ising; - (cosa + isina) } B. { cosa + isina; - (cosa + isina) }
C. { cosa —isina; — (cosa + isina) } D. { coso —isina; cosa + isina }

 59)Clios§ phifc z, = 4cos® 40° —i(4sin’ 40°),z, = -3cos40° +i(3sin40°),

thmg dinh nao dugi diy dving? s
A.lz,+2,|=1 B. |z,+2,|=3  C.l|z,+2y|=7 D. |z, +7,| =14,
60) Khing dinh no dudj day sai?
A. (1-1)* =-1024 | |
R. Tap hop cdc diém trong mit phing phitc biéu dién céc s§ phic z thoa
z.2=a> (a>0)1a dudng trdn tdm O, ban kinh R = a

C. Nghich ddocdia s6 phitc z = 3(cos19° +isin19")1a %(cosw“ ~isin19")

~ D. SO phic z =cos~} + isin(—%) la dang lugng gidc.
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D. HUGNG DAN GIlAl VA PAP AN

1)Chon A ‘ 2) Chon B.
3)ChonB. (3+21)" (3-2i)=6
4)ChenC. (5-iV2 : (5+iV2 )=-22i

. e
5)Chon C. z1a s6 thudn do va khic 0 < m"+m-2 Oc>m:—2.
m?-1%0 _
, , 3x+1=5-x 4x =4 x=1
6)Chon A. 3x +1+(1+y)i=5-x+Qy-1)ie< o &5
l+y:2y—l y:2 y:—.2

TYChonD. z=(1-i).(3+2i)=3+2i-3i-2i*=5-i=>Z=5+1i.

8)Chon A. z=(1+ 207 (1-i) = (1+4i+42)(1~i)=(-3+4D)(1-D)=1+7i
:>\z|:\/m:\/§6:_5\5.

9) Chon C . M6 dunetia z 1a |z\:\/a2 +(a=1) =222 -2a+1

Ta c6: || =1 V22> —2a+1 =122 ~2a+1=1<a=0hoica=1.

10)Chon A, — -2 _3 2,

3121 3 +2° 13 13 ‘
11)Chon D. Biatz=a+ bi (a, heR):>7—a bi. Dodo Z2+7= ZaeR(CauAdung)

. 242 =7 +7 (Cdquungdolmhchat) V
) : + l :1._H1+]—g—leR(caquﬁng)
I+1 1—-1 . 1-1 2 — e, ,
CU+D" =[(1+D)PP =+ +2i)° =2°. (%)% i=2°(-1)’i = cdu D sai
17)ChonB 77 = 2= 374 e Y e LSRR}
_ at+b? a4’ 25 25 : 625 625 25 5
— Z 34280 3002
13)ChonC Z=-3+2i, z7' =— = S s i ]
yLho . a?+b* 3*+22 13 13
cZ+Z2=(-3-20)+(-3+2i))=-6
-( 3-2i)+ --3—+i')=- 42 24i
13 13 13 13

14)ChonB. 27+i=3"-i -—(3-—.)(32+31+1) (3~i)(8+3i).

15)Chon A, z= Ll 1=i_(L+D) *“"‘) 9 _0er.
drir, o B 2&03 | 2 10(2)4 \ 1004

16)Chon C. 14i+..4j2w 1=l — 120 7.1 12Ch 1
-1 -1 1-i ®
. _ (Céu A duing)

: 4 . 2P -2 2 .2 ” . :

. (=D —[(1 | =(1+i® =2i)’ =4i* =—4 e R (cau B diing)
. batz= a+b1(a beR):>z—a bi. Do dé: z+z—2aeR:>caqua1
. z.Z=a"+b’eR (cauD ding) '
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17) Chon A

S6 phitc di cho c6 diém bleu dién 1a M(a; a). Do d6 khi a thay déi th1 tdp hop
cdc diém M nim trén dudng thing c6 phudng trinh y=x
- 18) Chon D :

bit z=x+iy(x,y€R) va M(x;y) 1a diém biéu dnen O phu’c zuén

mal.phﬁngphl’rc:z-i:x+(y~1)i:»|z—i|=\/x +(y-1)°
Theo gi& thi€t [z —i|=1 & x+(y-1) =1 & x? +$/2 -2y=0.
19)Chon A - | | |
- Dbat z=x+iy (x,yeR ), M(x; y) 1a diém bidu difin z rén mit phing phitc .
Gid thi€t |z|<3 e Jx* +y? <3 o x s y>-<9 (chonciu A)
20) ChQnB : |
Dat z=X+ 1y (x,y € R) va M(x; y) 1a diém biéu dién so phic z trén

/ métphﬁngphdc:>z+21 x+(y+2)1:>|z+21|—\/x +(y +2)

| Theo gia thiét |z+21|<l & x? +(y+2) <1 (chon ciuB)

- 21)ChonC

Pitz=x+ ly (x,ye R) M(x y) 1a diém biéu dxen s6 phiic z lren mait
phing phic. '

Taco.2|z—1|=|z.'—"z‘+2i|1<:>2|x+(y—1)i_|=2|(y+l.)i|

oy - st 1) e Xyt 2y 1=yl 42y + 1 x’ =4y,
22)Chon A
. iZO()R _ (i2)1_004‘ ____‘(—l)l()m: ] _"(3+4i) _i'_i.
TU(#20)  1+4i+4i% S3+4i -3+40 37+47 25 25
23) ChonB. | |
| _@- %)(4-1) S-14i _(5-14D)(3- 2i) _-13-52i
3421 3+2 32 422 13
—2008i

i2

#

~-1-4i

24)ChonC. iz+2008-i=0<>iz=-2008+i<> z= +1=1+2008i.

25)ChonD. (3-DZ-5=07=—=20"0_3 1
o : 3-1 3°+1° 2 2
26)ChonB . Pit z=x+iy (x,yeR)

: 3 1.
sy e———l
2.

g - 1
| i . : Xx+x'+y2 =0 X =—--
CZ+Z == x+iy+x+yi ==& 1 N
2 ' 2 y:—- l——.l..
2 }—2
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1 1

=zZ=——+—i
2 2 |
2008
1+ (1+1)* 1+i%+2i . [1+i] T -
27)Chon A . = = =iz —| =" =(D""=1
YEhonA - TR T 2 i) T

(2D (1 -)=1-i+2i-2i* =3+i’
Suy ra: nghiém.ctia phudng trinh dd cho la z = -3-1
28)ChonC . Patz=x+iy(x,yeR)>z=x-1y
« 32-72=2(3-101) & 3(x +1iy) - (x—ly) 6-20i < 2x +4yi =6-20i
& x=3vay=-5
Vay nghi€¢m phudng trinh da cho lé z=3-5i.
29)Chon A. X2 +16 =0 < x? —16i* =0 (x+4i)x-4i) =0 x =141,
30)ChonD. Vi -5=5i%nén cé’m bic haicda —-51a + +/5it ‘
31) Chon A. V12i~(i+ 1)’ nén ¢in bic haicda2ila +(i+1).
- 32)Chon B. Cich giai wong ty Bai 9 ‘
"~ 33) Chon B. Ta c6:.

4 T . T o S | A ¢
1=cos—2—+xsmf nén cin biac hai cua1ila i\[_l- (cosz_+ 1sm2) ;

hay o [—; + —1] (xem lai ki€n thic cdn nhdIV.‘ 5)

34) Chon C . Céch gidi tudng tw Bai 9

. Cén bac hai cia —2+24f1 la4+3\/—1vé -4 - 3J_1
. Piém.cin tim 1a (4; ,3\/—),( 4,‘—~3\/*)

35)ChenD. Cich gidi tuong tu Bai 10a).
36)Chon A . Bélz:x+iy (x, yeR):':>22=x2~—y2+2xyi- ]z[:\/xz-i»yz
Ta c6: 2* +2|2| -35 = Oo{x -yt +2yx’ +y =354 {x:_iS

xy =0 y=0
Vay nghiém phuong trinh da cho la z = +5.

37)Chon A. Xcm lai bai gidi Bai9a). ‘
38) Chon B. Phuong trinh x? +3x+10i=0c6 A=9-40i=(5-4i)’

Do dé: Phuong trinh ¢6 hai nghiém phéin biét 1a
i 4 | e '
X, = 3+25 L a1-2i; x2=—3———(§5——f1—)=-4+21.

39) Chon D. Phuong trinh 2x% +(i+3)x+7i+1=0¢6

A=(+3) -8(7i+1)==50i=(5-5i)
‘Do d6: Phudng trinh ¢6 hai nghi€ém phén biét 1a
X, = ~(i+3)+5-5i _1-3i ;g ) —(i+3)—(5—5i),:i_2'
4 2 4
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40) Chon C ,
Taco:z,+2, =-5+51=-5(1-1) va z,.z, =-2(1+71)
=17,,Z, 12 nghiém cla phudng trinh z* + 5(1 -i)z -2(1 +7i) =0

41) Chon D. xf +x§ =(x, + )(2)2 ~2%,. X, =(1+1) -4i=1+1*-2i =—21.
42)Chon A. Theo gid thi€l z,+7,=-6 va 7,.2,=10

z=-3-i

=12,, Z, 1a nghi¢m cda phu’dng trinh z> +62 +10=0 @[Z 3]

( xem bai gidi Bai 10a) )
'43)ChonD .Ciau A, B duing ( theo hé thitc Vi-ét)
. Ciu € diing v‘1 x' +x2 =(X, +x2) ~2%,. X, = (2-1)? —2(3—1)——3 2i
. Cau D sai vix| +x; =(x, +X,)" =3%,. X,(x, +x,) ¢ R
44)ChonB . Theo gid thi€t z=3+4i=>7=3-4i
Tacé:2+7Z=6vaz.Z=3"+4" =25
= z, Z la nghiém ciia phudng trinh Z* — 6Z + 25 = 0.
. -

i

I
+

X
X
| Y . ( =
46)ChonD.'z 1- \/_[J_ \/—J \/-[COS(—ZJHSU{—ZH.
| 3 2 2
47)Chon A .—1+\/_1 (—5—+—\£—_—1]—2(C0§-§+151n—3£](

| 1 1 n T
. 1+i:\/—2_ —_+—=1 =\/5(cos—-+-isin——]
| (45 V2 J 4 4
. Z=_1+\,/§l=\/§ cos EE—EJHsm(EEwEJ =2 C(}'si7£+isin§—Z
3 4 3 4 12 P

45)Ch0nC. x'-1=0=x*-i* :0<:>(x2+i2)(x2—i2):0<:>[

1+1 Z
48) Chon B

\ T .. n 'n_.n an .. 4n
Z=—2 COS— + 181 — ‘—‘-2 —COS— —18S1In— =?_ coS — +1S1In— |.
- 3 3 3 3y 3 3
49)Chon D

o A Ay L 4n
Z= Z(COS 3 +isin— [comddun r =2 va acgumen @ = 5 +k2n,keZ

. 4 i
. Phan thi'ca =rcosg = 2005—;— = 2.[—%J: -1

. Phindob= rsin(o:ZSiné%Jt = 2.(-—%] =3
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50) Chon C ' - |
n .. = ) .. T St .. 5m
. COS— —18In— = 005(21:—-—» +1sm(2n-v :(cos——+1sm——
3 3 3 3 3 3
e 5w
. SO phifc z cd mft acgumen la 5
SHChonB . z=-3+3i= 3\/_[ \/— \/_} I( 0§?+1sm3f]
: g B .k . . 3n
. SO phitc z ¢6 mot acgumen bang — -

52)ChonC. z= 2[cosE + lSm—;Ej c6moédun bing r =2,

*53) ChonD . z= : 2[(:03«-+1S1nE]
2 4 4
L2 =Y3-i=2 —3—li =2 cgs(—ﬁjﬂsin[—ﬁ)
2 6 6
Tyl .,
= = MoX ¥ acy
2 v

54)Chon A
22 = (6 +42) (V6 -2 )7 + 2(J6 +42). (/6 = V2 )i =83 + 8i
:16[\/3 )

X2 —i|=16| cosZ+isin = cémétdcgumeﬁvhﬁing —TE._
2 2 6 6 _ 6

55)ChonA. z,.z, =§{c03(§+—%)+isin(%¥%l —6[Los-§+1sm gj 3+34/30.

56)ChonB 1-./3i =2|:cos(2n——;£J+ isin[inr—% }ZQ(C()S—S; +isin§:-;£J
J

= (1- ﬁif =77 (C'OS}_Z_“ + isin-%[—) (st dung cOng thic Moivre)

57)ChonD. z= —Jé- + —g—i =c0s120° + isin120° c6 mdt acgumen b\&n‘g 120°.

58)Chon A

Phuong trinh 72 +2cosa.z+1=0c6
A =cos’a—1 = —sin’ a = (isina)?
Do d6: Phuong trinh ¢6 hai nghi€ém phéan biét 1a
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—cosa + isina ..
z, = : = —CO0Sa + 1sina
. —cosa — isina, e
va z, =— l = —(cosa + isina.).

59)Chon A . z, +7, = (4cos® 40° —3cos40") + i(3sind0" - 4sin’ 40°)
=cos120” +isinl20"
=+Jcos? 120" +5in?120° =1.

Z +Z2

.

60) ChonD
+ Cau A,Bding vi -

' 20 b ) |
R (1-)%* = {\E[cos(— %J + iéin(— —}]]} = 1024(cos 5wt —isinSm) = —1 204

cz.z=a' <o xP+y?=a’ (ditz=x+iy(x,yeR))
+ Cau C ding vi nghich ddo ciia s phitc z =3(cos19” +isin19") 1a

i 0 s 0 .
4 1 1 cosl9” —isinl9 —l(cosl9"—isin19°)

" 3(cos19” +isin19°) 3 cos’19%+sin?19° 3

+Cau D sai vi dang lugng dang cia s8 phitc z = r(cos ¢ + ising) (r > 0)

n
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