Chuyen & Tl s6the tich Gung 7775

MOT SO UNG DUNG HAY VE TY SO THE TiCH TRONG VIEC
GIAI TOAN TRAC NGHIEM

Tir khi Bo Gido Duc va Pao Tao chuyén hudng sang thi tric nghiém, viéc day va hoc mon
toan cling c6 sy thay d6i dé dap tmg ddi v6i ki thi. Gido vién phai day hoc sinh hiéu rd ban chat
va cach 1am nhanh nhat dé di dén két qua. Con hoc sinh mong mudn minh giai quyét mot bai
toan v4i con duong don gian nhat va dap sé chinh xac nhat. Sau day toi xin bién soan lai mot
van dé rat hay gip trong cac ki thi thir va thi THPTQG, gilip cac em hoc sinh giai quyét rat
nhanh céc bai toan lién quan dén thé tich khéi da dién..
|. KIEN THUC CO SO.
+) Hai hinh chép c6 cung dién tich day thi ty s thé tich ctia chung chinh 14 ty sé cua duong cao
va nguoc lai.
+) Vi khéi chop tam gidc ta ¢6 tinh chat quen thudc sau.

Cho khoi chop tam giac S.ABC . Mit phang (P) cét cac dudng thang SA,SB,SC lan lugt
tai A,B',C"' . Khi dé tacod Vowee: _ SA : SB . SC (*)

Viwe SA SB SC

Chirng minh. ,
Goi H,H"' lan luot 1a hinh chi€u cua A A'
trénmp(SBC) .

Vg o =V e =%AH SB.SC.sinBSC va

Ve :%A' H'.SB'SC'.sinB'SC'

Vs ugc _ AH' SB' SC'

= : : Al
Viaee AH SB SC
~ ~ A'H' SA
ROrang ——=—
SA

_ Veuse _SA' SB' SC

Vi,ec SA SB SC
Pay 14 két qua quen thudc va né 1a bai toan
mo dau cho rat nhiéu ing dung hay sau nay.
\
II. MOT SO TiNH CHAT.
1. Tinh chit 1.
Cho hinh chép S.ABCD , d4y ABCD la hinh binh hanh. Mt phang (P) SA,SB,SC,SD lan

luot ta1 A',B',C",D" . Khi d6 tacod

SA_SC_SB_SD
SA' SC' SB' SD'

Chirng minh.

- V
bat V; xpep =V = Vs asc =Vs.aoe =Vseao =Vseeo ==

2
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Chuyen dé: °T{ st thé tich @{W/y 25

vV SA' SB' SC' Vi,pc .» Venpe SA' SD' SC'

Taco —ABC —— — — = va =— .
Vrse SA SB SC v \ SA SD SC
2 2
SA' SB' SC' SA' SC' SD' VS apc tVsaco  Vsasen:
SA SB SC SA SC SD v vV
2 2
Tuogng tu ta co
SB' SA' SD' SB' SC' SD' Vigap +*Vspco Vs ascn:
A 2B > > seo_ Ysaeco ()
SB SA SD SB SC SD \L \L
2 2

T (1), (2)

_ SA"SB' SC' SA' SC' SD!
SA'SB 'SC SA'SC SD

_ SB' SA' SD' SB' SC' SD' )

"'SB SA'SD  SB'SC SD (

Nhan vao hai vé cua (3) voi

SA SB SC SD

SA''SB''SC' SD'

SA SC SB SD
+ = +

SA' SC' SB' SD

ta duoc

Suy ra diéu phai chting minh.

Tinh chét 1 ta chi ap dung cho chép c6 day 1a hinh binh hanh.

Viéc chimg minh Tinh chat 1 nhu trén 13 ta d3 4p dung tinh chat (*). Tuy nhién ta c6 thé chimg
minh Tinh chét 1 nhanh gon nhu sau :

Goi O latam hinh binh hanh, | 1a giao diém cta SO va (A'B'C'D’).

2S¢ SA'SI  SC'SI_, SA'SC'

L S See T ,
Taco AL + =1 = . Nhan ca hai vé ctia dang thirc sau

0 Osco  Seac SASO SC.SO SA.SC
0 SASC.S0 ta duoc SA SC =2. S0 . Ching minh tuong tu ta c6 SB + SD =2. S0 .
SA'.SC"'.SI SA' SC SI SB' SD' SI

Vaiy ta c6 diéu phai chtirng minh.

*) Cach chimg minh nay con cho ta két qua manh hon 13

@, v N x v Yied
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Chuyen dé: °T{ st thé tich %//y IS

Két qua 1 : Cho hinh chép S.ABCD , ddy ABCD la hinh binh hanh. Mit phang (P)
SA,SB,SC,SD lan luot tai A',B',C",D' . Khi d6 ta co
SA SC SB SD 2so

+ —
SA" SC' SB' SD' SI

Két qua trén con co thé duge chimg minh bang nhiéu cach khac nita. N6 1a két qua rat hay va
dugc ung dung nhiéu trong hinh hoc khong gian.
Tinh chat 1 duoc ing dung rat nhiéu trong bai toan tim thiét dién ciing nhu thé tich khéi da
dién.
... SA 8B, _ SC, . SD e
bat x V=g LT oo t SD'(X’y'Z't >0)(**)
Van dung Tinh chat (*) va Tinh chat 1 tacé

VS.A'B'C'D‘ _VS.A'B'C' +VS.A'D'C' _E(SAl SBI SC' SAI SD SC j
Vieer NVsase NVeape 2\SASB SC "SA"SD sC
_ifd n L|_yst_x+y+zt do x+z=y+t.Taco
2\ xyz xtz ) 2xyz 4xyz
Két qua 2 : Vowpco S ha

voi X,y,z,t dugc xac dinh nhu (**).
Vs asco 4xyzt

Chiiy : NeuA',B',C',D" ldn luot thuéc cac canh SA,SB,SC,SD thi x,y,z,t>1.

Két qua 2 duogc ap dung vao giai quyét cac bai toan thé tich khéi chop co day 13 hinh binh hanh
mot cach rat nhanh gon va don gian thay cho viéc phai chia khdi chop tir giac loai ndy thanh cac
khéi chop tam giac dé st dung Tinh chat (*)

Vi du 1. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. GoiM 1a trung diém SB,

diém P thudc canh SD sao cho SP =2PD. Mit phiang (AMP) cit SC tai N. Ty s6 j Vs.ame

. S.ABCD
bang
Giai.
Taco
SA SC _SB SD SC 3
+—ol+—=2+—
SA SN SM SP SN
SC 5
& —
SN 2 5
V 1+2+5+§ 7
Viy ~SAuNP _ 2 2 _ "
Vs agco 412§§ 30
2 2
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Vi du 2. Cho hinh chép S.ABCD c6 thé tich bang V , day ABCD 1a hinh vudng. Canh
SA_L(ABCD) va SC hop véi ddy mot goc bang 30°. Mit phang (P) di qua A va vudng goc
v6i SC, cat cac canh SB,SC,SD lan luot tai E,F,K . Thé tich khéi chép S.AEFK bang

Giai. S
SA? _SE_ SB_ SB?
SB° SB SE SA?
SO SD? , SB SD

= nen =

Tacd SA>=SE.SB=

Tuong tu =— =
SA SE SK
2
v SC_SC_
SF SA
(do ASCA vuodng tai A, SCA=30°)
. SC SB SD SB SD 5
nén +1= — 52 22 _ Y
SF SE SK SE SK 2
Vs aerk _ 10 1 =V :VS.ABCD :l.
Vsasco 41422 T10 MK 10 10

22
Vi du 3. Cho khoi chép S.ABCD c¢6 day ABCD 1a hinh binh hanh. Mat phang (P) chtra canh

AB va di qua diém M trén SC chia khéi chép S.ABCD thanh hai phan c6 thé tich bang nhau.

Tinh ty s6 k—S—M S
SC :
Giai.
Goi N=(P)nSC taco{ nén MN ||CD .
Taco k:S :> _SD :1
SC SI\/I SNk
1 1
1+1+—+—
Khi do Yssemn _ k k_1
1 2
SABCD 47
k2
B PN B S I
k? k kK 2 2

Vi du 4. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh. | nam trén SC sao cho IS =2IC .
Mit phing (P) chira canh Al cét canh SB,SD lan luot taiM,N . Goi V'V lan lugt 1a the tich

khéi chop S.AMIN va S.ABCD. Tinh gia tri nho nhit cta ti sb thé tich %
Giai.
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Bati_xg_y:x y=>1.
SM SN

. 3 5 5
Taco :>X+y:1+—:_:>)(+y:_
2 2 2

Taco
1 3
V._x+y+ +E 5 5 8
+

i >
- 2
2 2

Dau bang xay ra khi x=y —%

Vi du 5. Cho hinh chép S.ABCD c6 ¢ay ABCD Ia hinh binh hanh tdm O . Mt phang ()
thay d6i luon di qua B, trung diém | cta SO va cit cac canh SA,SC va SD lan luot tai

M,N va P. Tinh GTNN va GTLN cua ty sb 5 Vsauen :

S.ABCD

Giai.
Datﬂ:x,izy:x,yzl.
SM SN
SA SC SB SD SO
Tach) —+— =2.—

SM SN SB sp S

Nén £:3;x+y:4.Tirdé

SP
Vs aupn — 8 — 2 — 2
Ve psep 4X.Y.3.1  3xy 3x(4—x)
T Xx+y=4<x=4-y<3vi y>1.
Xét

f(x):;,l_ <3 f'(x 2(4-2x
3x(4—x)

Taco f(l)=f(3):—;f(2)=%.

Vay Vs ouen dat GTNN, GTLN lan luot 1a % %

S.ABCD
Nhdn xét. Qua nam vi du trén ta thé'ly su loi hai cua Két qud 2 dem lai. Vira nhanh, dé sir dung
ma hiéu qua thi cyc tot. Rat hop cho hoc sinh trong vi¢c lam bai trac nghiém.

Gido viér: e/l@t%&n/”~ . %a/ny YVied
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2. Tinh chit 2. Cho lang tru ABC.AB,C, co6 cac diém M, N, P lan luot thudc cac canh
BN CP X+Yy+1z
BB, v CC, 3
Chirng minh. Ta co V goue =V ase + Vi scen » dat

V=V

Ce . 2V
=z.Khi do ta co ty so —2BCMNP_ —
ABC.ABC,

AA,BB,,CC, sao cho AM _ X,
AA

ABC.ABC,
Y 2V
deé thay V =—
Y Vasces 3
+ Taco
1 .
V., aac _ gd(M ;(ABC)).S p5c _1d(M;(ABC)) 1AM —EX

Vv d(A;(ABC)S,,. 3 d(A;(ABC) 3 AA 3

Suy ra V,, ssc :g.\/ (1).

Do AM //(BCC1A&)2>VM.BCPN =V scen

Nén
1
—(CP+BN).d(P;BB
VM.BCPN — VA.BCPN — SBCPN — 2( ) ( 1) — yBBl+ ZCC:L — y+Z(BB =CC )
1 1
Vasces,  Vasces  Ssccs BB,.d (P,BB,) 2BB, 2
Vv y+2 y+z 2V y+1z
:>VM'BCPN == =V, sepn = > 3 3 Vv (2).
A.BCC,B,
N , X+Yy+1z Vv X+Yy+12
Vay tir (1),(2) ta ¢0 Vagenne =V asc +Var scen == V=9 ABCMNP "
ABC.ABC,

Diic bigt: —ame X Vugeon _ Y+2Z

. . VABC.A&BlCl 3 \/AEac.A181<:1 3
Vi du 6. Cho khéi lang tru ABC.AB'C’, c6 M, N, P lan lugt thudc cac canh AA',BB’,CC’ sao
cho AM =MA’,BN =3NB',CP =3PC'. Dit V, 1a thé tich ctia khbi da dien ABCMNP, V, 1a thé

r 2 A * A \ . Ve s X V
tich cta khoi da dién con lai. Tinh ti s6 -+ .
2

Gido vien: Nguyér Hoang Viet
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Giai. Taco
MA=MA"= m=l ;BN =3NB' = BN =§;
AN 2 BB 4
cP-3pC'= =P _3
CC' 4
bat V =V g ape
Suy ra
A} 3 3
Vo 27aTa 2 2y Ly Ly oy Ly
Vv 3 3 3 3
:>¥L:2 B

2
Vi du 7. Cho khéi lang tru ABC.A'B'C’ ¢6 thé tich bang V , cac diém M, N, P 1an luot thudc
cac canh AA',BB’,CC’ sao cho AM =2MA’,BN =3NB’,CP = x.PC’. Pit V, 1a thé tich ctia khoi

da dién ABC.MNP, tinh gié tri ciia X dé \ézg .
Giai.
Tacéd
MA = 2MA = M _ 2. :BN =3NB' = BN=§;
AA 3’ BB 4
CP—xPC' =P _ X
CC" x+1
Suy ra
2.3 X
Vi_3 4 x+1_3_ 17 x 9
v 3 5 12 x+1 5
x 23 23

= — o X=—.
X+1 60 37

Vi du 8. Cho khéi ling truy ABC.A'B'C’ ¢6 thé tich bang 60cm®, cac diém M, N, P lan luot
thudc cac canh AA, BB’,CC’ sao cho AM =2MA’,BN =3NB’,CP =4PC'. Thé tich cta khéi da
dién BC.MNP.

gwwm@wwy@@%%@myzwé —
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Chuyen dé: °T{ st thé tich

Giai.

Taco
MA=2MA = AM :E ‘BN =3NB'= BN =§;
3’ BB' 4
CP=4PC'= CP =£
CC'" 5
Nén
2.3 4
V asemne _3 4 5 :133
Vascasc: 3 180
133 133
=V = .60 = )
ABCMINP = T2y 3 B

: 1 ) 2 40
Ma Vi sec = gd (M ;(ABC)) Saec = d (A ’(ABC))'SABC = 5'\/ABC.A‘B'C‘ = ? -
A 133 40
Vay Veowe ="~ 31(cm®).

ooIH
Wl

Nhdn xét. Cac bai toan dang nay s& xuat hién nhiéu khéi khong phai 1a cac khbi c6 cong thic
tinh thé tich nhu chop hay lang tru.. Thay vi viéc phai phan chia cac khéi nay thanh cac khdi c6
cong thire tinh, nay ta c6 ngay mot két qua rat nhanh va chinh xac.

Vidu9. ‘
Cho lang tru ABC.A'B'C'c6 G,G" lan
luot 1a trong tam ctia AABC,AA'B'C .
Mat phang (a) cit AA',BB',CC',GG'
lan lugt tai M, N, P, | . Chirng minh
AM BN CP _3 Gl

rang :
AA' BB CC GG

Chirng minh.
bat

AM BN CP Gl
X = ) y = ) Z = ’t = )

AA' BB' CcC' GG’
VA;BC.A"B'C' =V
D¢ thay

V

VAGB.A'G'B' :VCGB.C'G'B‘ =V

AGC.AG'C' — o
3

X+y+t Veern _ Z+ Y+t Vegmem _ _Z+y+t

Taco Vacaun = . Tuong tu ta c6 = :

Vacs.AG'B" Vees.cre s 3 Veeacear 3
Cong vé voi vé ca 3 dang thirc trén ta dugc
N gomee X+ Y+t L2t y+t L2t y+t  2(x+ y+z)+t

v 3 3 3 3

Gido viér: JVWW; . %a/ny/ YVied
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LV X+Yy+z A X+y+z A e 1 .
Ma A‘i‘;MNBP _gXtYrr . y+znént= XXYTZ 1 dugc di€u phai chirng minh.
AL 2 A Y Gl
Tir ket qua trén ta co —AEMNEE = ——
VABC.A'B'C' GG

Nhdn xét. Dua vao két qua trén ta thiy rang chi can biét («) cat GG’ tai vi tri diém | x4c dinh
1a ta da biét (a) chia lang tru thanh hai phan véi ti s bao nhiéu roi.

3. Tinh chét 3. Cho hinh

hop ABCD.A'B'C'D" . Mit phang (&) cit
cic canh AA', BB',CC',DD' lan luot tai
M,N,P,Q sao cho

AM BN: CP_Z DQ_t

AA BB ccC ‘DD
Khi d6 taco :
a. X+z=y+t

Vascomnge X+ Y+Z+t  X+2z  y+t
V 4 2 2

ABCD.A'B'C'D’

b.

Chirng minh. ‘
a. Dé thay tir giAc MNPQ 1a hinh binh hanh. Goi |,0 lan lugt 12 tAm cta hinh binh hanh MNPQ
va hinh vuéng ABCD. Ta c6 Ol 1a duong trung binh cta hinh thang AMPC nén

o1 =AM FEP o ong ty 01 = BNFPQ 4046

AM +CP =BN + DQ < xAA+zCC'=yBB+tDD' < x+z =y +t
b. Ap dung Tinh chit 2 ta co

VABDMNQ _ X+ Y"‘J[C:> 2VABDMNPQ X+ Y"‘J[C:> VABDMNQ X+ y+t
Vaso.as D! 3 Vascp.acp: 3 Vasep.ascp: 6

V +7+t
twong tu BCDNPQ :y

ABCD.A'B'C'D' 6
Do do,

Viagcomeo  Vasowno N Veconro _ XY+t yHZHE X+y+ztey
Vascoascenp  Vascoasco  Vascoasco 6 6 6
X+ +z+t+X+y+z+t
_ y _X+y+zZ+t
6 4

Vascomnge _X+y+z+t Ol
VABCD.A'B'C’Z'D' 4 OO' , , , i
Nhdn xét. Mot két qua tuong tu nhu Tinh chat 2. O lang try 1a tong ba ti s0 chia ba, con hinh
hop 1a chia bon.

Chay:

Gido vien: Nguyér Hoang Viet
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Chuyén Tl the tich Gung w/ 7.5

Va ciing chi can biét (a) cit doan thang ndi hai tim day ¢ dau 13 ta da tim duoc ty sb hai khoi
tao thanh do () cdt hinh hop. Tuy nhién, Tinh chat 3 ciing khang dinh chi can biét hai ti s6 ¢
hai canh bén d6i dién ctia hinh hop ma (a) ct 1a ta ciing tim duoc ti sb thé tich cac khdi.

Vi du 10. Cho khéi hop chir nhat ABCD.A'B'C'D’ c¢6 thé tich bang 2110. Biét

A'M =MA,DN =3ND’ va CP = 2C'P. Mit phang (MNP) chia khdi hop da cho thanh hai khéi
da dién. Thé tich khoi da dién nho hon bang bao nhiéu.

Giai.

(MNP) cit BB> tai Q .

C

X , AM 1 CP 2
Tu gidi thi¢ttacd —=—;——=—.
AA" 2 CC' 3
Do do
AM CP 1 2
vV -t e s 7
rscomvee . AA' CC'_2 3_ 1
Vaeco.aeco 2 2 12
7 7385
=V =—.2110=——
ABCDMNPQ = 1 6
A 7385 5275
Vay Vugcomeg =2110 - 6 = 6

Vidu 11. Cho hinh lap phuong ABCD.AB'C'D’ ¢4 N 1a trung diém CC'. Mit phang () di
qua AN, cat cac canh BB',DD’ lan luot tai M,P. (a) chia khéi 1ap phuong thanh hai phén co

thé tich tuong tmg bang V, va V, (V, <V, ). Tinh ti s Ve

Tir giai thiét ta c6
AA CN 1
—+— 0+=
V ascopnm _AA" CC'__ 2 zi
Vasco.aeco: 2 2 4

Nén VABCDPNM _ 1 = V2 — 3

VAMNPA'B'C'D' 3 Vl

Két ludn. Viéc ap dung cac tinh chét trén vao 16p cac bai toan thé tich twong tng rat 13 hiru ich.
N6 lam cho viéc giai todn trac nghiém cua cac em hoc sinh nhanh gon va nhe nhang hon nhiéu
so vO1 vi€c giai truyén thong. Hy vong no s€ gitp cac em dat két qua cao nhat trong cac ky thi
sap toi.

III. MOT SO BAI TAP AP DUNG .
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TY SO THE TiCH KHOI PA DIEN
(PE SO 01)

A.LY THUYET
1. Mt s6 Kkién thirc can biét
Kién thirc cAn nhé ddi v6i khéi lang tru tam giac va khéi hop

\Y A%

VA'ABC =5 VA'.BCC’B' = 3

3
V V
E' VBDA’C’ = E

VA’ABD =

2 2
Tam giac ABC vuong tai A c6 duong cao AH 0 BH _(AB ,ﬁz AC
BC BC CB BC

Pinh ly menelaus: Ba diém D,E,F lan luot ndm trén 3 duong thang chira 3 canh BC,CA, AB cua

tam giac ABC, khi d6 A, B < C thing hang khi va chi khi E.%.Ezl
FB DC EA
4
F
E
/B c D
S

Cong thire 1: Hai khdi chép c6 chung dinh va chung mat day \% = S—l
2 2
Hai khéi chop S.AA,..A, va S.BB,...B, co chung dinh va hai mat d4y cling ndm trén mot mat phang,
Vsan.a _ Sam A
S

taco

S.B,B,...B,
Vidu 1: Cho khéi chép S.ABC c6 thé tich V. Goi M ,N,P lan luot 13 trung diém cac canh BC,CA, AB va

BB,..B,

!

V' 13 thé tich khéi chdp S.MNP . Tinh ti s6 \6

AY_3 g L. 1 c V.1 p.L_1

V 4 vV 3 vV 2 V 4

Loi giai
Chon D
’ 2
Ta co: 1:%&:(&) _L . Chon déap an D.
S psc 2 4
Gicio viére. .-C/VWWA' e%W' YViel —
e ' B 0905793688
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Chuyen & Tl s6the tich Gung 12/5

Vidu 2: Cho khéi chép S.ABCD c6 thé tich V. Goi M ,N,P,Q lan luot 13 trung diém cac canh AB,BC,

CD,DA. Goi V' l1a thé tich khéi chdp S.MNPQ . Tinh ti s6 \\//—

AV _3 g Vv _1 c vV 1 p vV _1
Vo4 Vo8’ Vo2 Vo4
Lo giai
Chon D
A Q D
P
B
j\T
C
LV SMNPQ 1 L
Tacd: —=———===.Chon dap an C.
V ABCD 2

Vidu 3: Cho khéi chép S.ABCD ¢ thé tich V va day ABCD la hinh vuéng tam | . Cac diém P,Q lan luot

trén cac canh AB, AD sao cho PIQ=90°( P,Q khdng phai la dinh caa hinh vuéng). Tinh thé tich
cua khéi chop tir giac S.APIQ .

AL B. ¥ c. L. p. L.
2 3 4 6
Loi giai
Chgon C
V, S
Taco: —ssee _ Sweg 1 Vs apio = v Chon dap 4n C.
SABCD 4 4

Cong thic 2 : Cong thire Simson (ty s thé tich) Cho khéi chop tam giac S.ABC. Goi A ,B,,C, lan

Vsase, _ SA SB SC

luot 1a cac diém nam trén cac canh SA,SB,SC taco : e 1y .
Ve SA SBSC

S

B 0905793688




Chuyén Tl the tich Gung 13/75

Vidu 4: Cho khéi tir dién ABCD c6 thé tich VV . Goi V' 1a thé tich cua khéi tdm mat c6 cac dinh 1 trung diém

cac canh caa khdi te dien ABCD. Tinh ty s6 %

AL2 B. L -1 c L 1 D,
vV 4 vV 8 vV 2

Loi giai

<|<
-b_ll—\

Chon B

Taco: Ve =

3
AM AN APV—(:L)V \

AB AC AD |2

\\L/ r
, Y, Vv Y,
Tuong ty ta €6: Vg s = E;VC.NQR =3 Vo psr = 3
Dods, V' =v-4Y =YV 1
8 2 vV 2

. . . V.
Cong thirc 3: Cét khdi chép bai mat phing song song véi day sao cho SB ¢ thi Ssmeed _ k® (Pay
SA SAA, A,
1a truong hop dic biét cho hai khdi da dién dong dang theo ty so k.

. A
A.l'
Az
Cong thirc 4: Mit phang cat cat cac canh cua khéi ling tru tam gidc ABCABC lan lugt ta M;N;P
BN CP _X+y+zZ

AM ,
sao cho AN =X, BB’ =Y cc’ =2. Taco Vyge e _TVABC.A'B'C' .
Gido viér: C/I/Wm* C%W‘ YVied
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Chuyen dé: °T{ st thé tich

AI Bu

S =1

|I NF |

Ml . I| I|

| --"'I'-___.__ |
f I|I o=aN

|I IF-:\%- - 'I
A 'Ikc\ II -Ag

'\\ |

Vidu5: Cho khéi ling tru tam gidc ABCAB'C' ¢6 thé tich V. Cac diém M;N lan lugt thudc cac canh
L3 NC _ 1 Thé tich cia khéi chop tir gidc V, y e 17

BB;CC sao cho M—B.:—x,—:—.
BB 2 CC’
AL B. . c. v, p.v
3 8 6 4
Loi giai
1+1+O
Taco Ve =2y 22 4 v Y Chondap én D.
' 3 3 4
Cong thirc 5: Mit phang cit cac canh cua khéi hop ABCD.A'B'C'D’ lan luot tai M,N,P,Q sao cho
AM BN CP DQ ) X+Yy+z+t X
AN =X, BB’ =Y, cc’ =1, DD’ =t taco VABCD.MNPQ :TVABCD.A'B'C'D' va X+z=y+t .

Chirng minh: Xem bai gidng:

B 0905793688

Gido vion: Ngayin Hoang Vicl
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Chuyén Tl the tich Gung 15/ 7.5

Vidu 6: Cho hinh Iap phuong ABCD.A'B'C'D' canh 2a , goi M la trung diém cua BB’ va P thudc canh
DD’ sao cho DP:%DD’. Mat phang (AMP) cit CC’ tai N . Thé tich khéi da dién AMNPQBCD

bang.
A D
B f C N ':_'_.‘;'P
My~ -
!
,A .................... D’
i C!
A. 2a°. B. 3a°. . Ea3 . D. ga3 .
3 4
Loi giai
Chon B
Thé tich khoi lap phuong V, =8a° . C6 x = AA:o, _BM :1,2: CN = bP _1
AA' BB 2' CC'~ DD 4
11 3
X+Z2=y+t=0+z2=—+-72=—.
4 4
0+1+§+l
Khi d6 vAMNPBCD:“yZ”tvO: 24 4 g2’ =3’ . Chon dip i B.

Vidu 7: Ngudi ta can cit mot khéi hop 1ap phuong thanh hai khdi da dién boi mat phang di qua A ( nhu hinh
v& ) sao cho phan thé tich ctia khdi da dién chira dinh B bang mot nira thé tich ctia khdi da dién con

lai. Tinh ti s6 k = CN

y -
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Chuyén Tl the tich Gung w/75

A k=1 B k=2, C.ok=2 D. k=2,
3 3 4 2
Loi giai
Chen B
Goi V' 1a thé tich khdi da dién chira dinh B va V 1a thé tich khdi 1ap phuong.
AA | ON
Theo gia thiét, taco V' =2V vav/= A& _CC'y 0%k, L, 2
3 2 2 3 3

Cong thirc 6: Mit phang cat cac canh cir khdi chop tir giac S.ABCD c¢6 day 1a hinh binh hanh lan luot
. SM SN SP SQ . xyzt(1 1 1 1

talM,N,P, saocho—=x;—= ;—=z;—=t.TacoV =—| —+—+—+- |V

' Q SA s8 V'sc “'sD SMNFQ g (x y z tj S-ABCD

.1 1 1
va —+—=—+-—.
X Zz t

Y vIET etsile: hllfo://luyenthitiacngliiem.on
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Chuyen dé: °T{ st thé tich @aﬁﬂf /4. 23

Vidu8:

Vidu9:

THAY VIET

3

e 2 4 7 V
Cong thirc 7: Hai khoi da dién dong dang véi ty so k c6 V—l =k>.

2

Cho khéi tir dién ABCD c¢6 thé tich V . Goi V' 1a thé tich ctia khdi tr dién c6 bon dinh 1 trong tam

cac mit bén cta khéi tr dien ABCD. Tinh ty s6 \\//—

AL_S B. L -1 c -2 p. L2

vV 27 vV 27 v 27 vV 9
Loi giai

Chon B

Goi A',B',C’,D’ lan lugt 1a trong tim cac mét (BCD),(ACD),(ABD),(ABC); Ta co
ABT_AC _AD_ 1 viéite dién A'B'C'D’ dong dang voi khéi tir dién ABCD theo ty s6 k = 1
AB AC AD 3 3

3
Dodo =k =(3 | =5
' 3 27

Cong thirc 8: So sanh bang cong thirc thé tich khdi chép
Cho khéi t& dién déu ABCD c6 thé tich V. Goi M,N,P lan luot 1a trong tdm cac tam giac

!

ABC, ACD, ADB va V' la thé tich khoi t&r dién AMNP . Tinh ti s6 \\//—

AL 8 B. ¥
vV 81 \Y,
Chon B

Ta c6 mit phang (MNP) cit cdc mit cia tir dién theo cac doan giao tuyén EF,FH va HE do vay

thiét dién 1a tam giac EFH . Ta d& c6 (MNP)//(BCD) va d (A;(MNP))= %d (A(BCD))

B 0905793688



Chuyen dé: °T{ st thé tich @aﬁ/y /05

N 1 1(2Y 1
Ta cling ¢6 Syye =ZSEFH :Z(gj Seco =§SBCD

6

1 2
d(A;(BCD)).Seep = 8—1vABCD :

Do d6 Ve = 5d (A/(MNP)).S,, = a1

Vi du 10: Cho khéi tir dién déu ABCD c6 do dai canh bang a. Goi M,N,P lan luogt 13 trong tdm céc tam giac
ABC, ACD, ADB . Tinh thé tich V khbi t&r dién AMNP.

3 3 3 3
A.V=‘/§a. B.V=2“/§a. C.V=‘/za . D.V=‘/§a.
72 81 144 162

Chon D

Ta c6 mat phéng (MNP) cit cac mat cua tir dién theo cac doan giao myén EF,FH va HE do vay
thiét dién 1a tam giac EFH . Ta d& c6 (MNP)//(BCD) va d (A;(MNP))= %d (A(BCD))

N 1 1(2Y 1
Ta cling ¢O Syye :ZSEFH :Z- 3 Seco :§SBCD

. 1 2
Do d6 Ve =50 (A/(MNP)).S,p =5

6, 6 J2a® 2a®

ol(A;(BCD)).stza N IET IR N

Vi du 11: Cho khéi chop tir giac S.ABCD c¢6 thé tich V . Goi M,N,P,Q lan lugt 1a trong tAm cac tam giac

SAB,SBC,SCD, SDA. Goi V' 1a thé tich khéi tr dién S.MNPQ . Tinh ti s6 \\//—

AL_S B. L -2 c .8 p.L-2

vV 81 vV 9 v 27 v 27
Loi gidi

Chon D

. ; , h
Khoi chop tr giac S.ABCD c¢6 dién tich day 1a S, chiéucao h taco V = S?

\ Gido vien: Nguyér Hoang Viet —
\ J ' B 0905793688
| e etsile: hllfo://luyenthitiacngliiem.on




Chuyen dé: °T{ st thé tich % 79/70.5

Mit phiang (MNPQ) cét céc canh SA,SB,SC,SD lan luot tai E,F,G,H ta c0 Syyeo =%SEFGH va

2V . 2 2
Searan =(§) S va d(s,(MNPQ))=§d(s,(ABCD))=§h.

'3 327 27V 27

vy Le
Do d6 V =§d(S,(MNPQ)).SMNPQ = ;

2 !
1.1_(2)82h_43h_4v V' 4
372

MA ND PC QB _,

Cong thirc 9: Pinh li Meneleus trong khong gian

MB NA'PD QC

B. PE THI
Caul. Chokhéihop ABCD.AB'C'D’ c6 thétich V . Cac diém M,N,P 1a cac diém théa mian AB=4AM ,
AD =3AN, AA’ =2AP . Tinh thé tich caa khéi t din AMNP.

AL B. . c. v D.
6 144 72 48
Léi giai
ChenC

Gido viin: Ngaybn Hoing Vict
' B 0905793688

P MUetsile: W//WMMMWWW




Chuyen & Tl s6the tich Gung 2/ 7.5

Céu 2.

Cau 3.

Taco v, ~AM AN AP 111, 1 11, V

AB AD A Veox =g g g Vaeon =5 Vaen =503V = 55
Cho tir dién ABCD c6 cac canh AB, AC va AD d6i mot vudng goc. Cac diém M, N, P lan luot &
trung diém cac doan thang BC,CD,BD. Cho biét AB =4a, AC =6a, AD =7a. Tinh thé tich V cua
khéi tr dien AMNP .
AV =Ta°. B.V =28a%. C.V =14a%, D.V =21a°.
Léi gidi

Chon A

i 1
Taco Ve :é'SMNP -d (A (MNP))

:EEABACAD 7a°.
4 6

Cho khéi chép S.ABC, cac diém A’,B’,C’ lan lugt thudc cac tia SA,SB,SC va khong tring vai S .
Hoi khang dinh nao dudi day ding?

n Voupe _1SA SB SC 5. Vease _ SA' SB' SC’
V. ,ec 3 SASB''SC’ Vie SASB'SC
¢ Vixsc _ SA SB SC 5 Vexsc _ 1SA" SB' SC'
Vo, SASBSC’ V.,c 3SA SB'SC’

Loi giai

B 0905793688



Chuyen dé: °T{ st thé tich @gﬁ/y 25

Chon B ’
Cau hoi li thuyet.

Cau 4. Cho hinh chép S.ABCD c¢6 M,N,P,Q lan luot 1a trung diém céc canh SA, SB,SC,SD. Ménh dé nao

sau day dung?
A VS.MNPQ :l B VS.MNPQ :l C VS.MNPQ :l D VS.MNPQ :i
VS.ABCD 2 VS.ABCD 4 VS.ABCD 8 VS.ABCD 16
Loi giai
Chon C
S

B

C

A - A A \ A 4 1 A VS MNPQ l : 1
Ta thay hai khoi da dién S.MNPQ va S.ABCD dong dang theotiso = nén ——= = | ==.
2 VS.ABCD 2 8

Cau5. Cho ta dién ABCD cd céc goc tai dinh A vudng; AB=6a, AC =9a, AD =3a. Goi M,N,P lan luot
1a trong tdm cac tam giac ABC, ACD, ADB . Tinh thé tich VV cua khéi tir dién AMNP .

A.V =8a°. B.V =4a’. C.V =6a’. D.V =2a°.
Loi giai
Chon D
A
B D
H I
¢
Goi H,1,K lan luot 1a trong tam cac canh BC,CD, DB. Ta thiy khai khéi da dien AMNP va AHIK
: 2 .V 2\ 8 8
dong dangtheotiso — nén M - — | = — =V, o =—V, .
g aang 3 » (Bj 27 AMNP = 5oV AHIK
2 VAHIK SHIK 1 . e . , \ .
Taco 2o =% == (do hai khoi chép c¢6 chung duong cao ké tir A)

ABCD SBCD

Gido vien: Nguyér Hoang Viet

B 0905793688



Chuyen dé: °T{ st thé tich %/fy 2205

1 2
:VAIHK = ZVABCD :>VAMNP = EVABCD .
1

Ma V,z, == AB.AC.AD = L6a9a3a=27a°.
6 6

Vay Ve = 2—2727a3 =2a’.

Caub. Cho khdi ta dien ABCD c6 thé tich V va cac diém M,N,P 1a cac diém théa min AM =2AB |,
AN =3AC, AP =4AD . Hoi khing dinh nao dudi day la khing dinh ding?

\Y Vv
A Ve =57 - B. Ve =8V . C. Ve =24V . D Ve =5
Lai giai
Chon C
A
D
B
M P
N

Tacs Vame _ AM AN AP
Vo AB AC AC

=2.34=24 =V, =24V .

Cau7. Cho hinh chop S.ABC c6 day la tam gidc vudng can tai B, AC=2a, SAL(ABC) va SA=a. biém

| thuéc canh SB sao cho S :%SB Thé tich khéi tr dicn SAIC bang

3 3 3 3
A.%. B.%. c.%. D.Z%.
Loi giai
Chon B
Gicio viére. .-C/VWWA' C%W‘ YViel —
e ' B 0905793688
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Chuyén Tl the tich Gung 23/ 7.5

Céu 8.

Cau 9.

THAY VIET

S
1
A C
B
. Sl 11 1..1 a®
Ta. Cco VSAIC =§VSABC :§'§'SABC =§SA§ ABBC =§.

Cho tir dién OABC c6 OA=0B =0C =a va d6i mot vudng goc. Goi M, N, P lan luot 13 trung diém
cac canh AB,BC,CA. Tinh thé tich V cua khéi tir dién OMNP.

3 3 3
Av=2 Bv=2. cv=%. pv=2&
4 24 6 12

Léi giai

, 1
Ta c0: Voyye =35 d (0;(MNP)).S,p = 3¢ (O;(ABC)).

NP

SABC

1 11 a’
= ZvOABC = Z.E.OA.OB.OC =2
Cho hinh chép S.ABC c6 chiéu cao bang 9, dién tich day bang 5. Goi M 1a trung diém canh SB va
diém N trén canh SC sao NS =2NC. Thétich V cuaa khdi chop ABMNC
A V=15 B.V =5. C.V=30 D. V =10.
Loi giai
Chon D

B 0905793688



Chuyén Tl the tich Gung 2/75

Vo _SM SN 12
SB S 23

1
Taco | Vssec 3 _
2 21
Vaewne =Vs.asc —Vs aun :§VS.ABC 25-5-5.9 =10

Cau 10. Cho khdi t dién ABCD c6 thé tich V va diém E trén canh AB sao cho AE =3EB. Tinh thé tich
cua khéi ta dién EBCD.

AL B. L~ | c L. p. L.
3 4 2 5
Loi giai
Chon B
A

B
, AE 3 3 \/
Taco VAECD = E'VABCD = ZV :>VEBCD = (1_ Zjv = Z .

Cau 11. Cho khéi ling tru ABC.A'B'C’. Pudng thing di qua trong tdm cua tam giac ABC va song song véi
BC cit c4c canh AB, AC lan luot tai D, E. Mat phang (A'DE) chia khéi ling tru thanh hai phén,

tinh ti s6 thé tich (s6 bé chia sb 16n) cua chung.

.",_,H - %MW//&%M%WW%/W

B 0905793688




Chuyen dé: °T{ st thé tich

Gung 25/ 7.5
A c
LS
D °
A 2 B. — c. 2 D. —
3 23 9 27
Loi giai

Chen B

Ve _ SADE — AD AE _(2)2
Taco Visse Swc  AB AC 3 =>Vaiaoe = iVABC A'B'C’

1 ' 27 '
VA'.ABC = _VABC.A‘B'C'
3
4

Dodo L =—27 _ 4 .

, 14 23

27 2 3 2 2
Cau 12. Cho tir dién ABCD c6 thé tich V . Xét diém P thudc canh AB, diém Q thudc canh BC va diém R
thudc canh BD sao cho PA_, , QB _ 3, RB _ 4. Tinh thé tich ciia khéi ti dién BPQR.
PB BC RD
AL B. V. c. v p. L.
5 4 3 6
Loi giai

Chen A
v BPBQBR 134 1
ﬂ___Q__g_%gsz_PQR -2V

Taco = =
Voao BABCBD

Céu 13. Cho hinh chop tr giac S.ABCD c6 day ABCD la hinh binh hanh. Cac diém A’, C' théa min
SA' =%§, SC'= %% Mit phang (P) chira duong thing A'C’ cét cac canh SB, SD lan luot tai

. VS ABCD  mis oot pn 1Ry o s
B', D' vadat k =—=2BC2  Gi4 tri nh6 nhat cua k 1a?
S.ABCD

Gicio viére. .-Jl@z%m~ e%a/ny‘ YViel —
! “e ' @ 0905793688
e UWebsile: W//h%m/kphavny//&mm




Chuyen dé: °T{ st thé tich % BIWS5
A.i. B. — C.i. D.E.
60 30 15 16
Lai giai
Chon A
.. SB SD
bat —=x, =
SB’ SD’

SB SD SA SC
Tacd —+—=— = X+y=8.

SB’ SD' SA" SC'

Ve pmer 1 1 1
Tach >ABC — _— e = —— =—V, .

VS_ABC 15X S.AB'C 15X S.ABC 30X S.ABCD

V, voer 1 1 1
Tach >ARC - _— oo = —— =—V, :

VS_ADC 15y S.AD'C 15y S.ADC 30y S.ABCD
Taco k = Jsaco’ i[l+lj

S.ABCD 30 X y
Taco (x+y)(l+1jz4 olilsl st
Xy Xy 60

Vay gia tri nho nhit cua

K 12 —= Kkhi x=y=4.
60

Cau 14. Cho hinh choép tir giac S.ABCD c6 day ABCD la hinh binh hanh. Cac diém A’, C' théa man
SA’ :%87\, SC'= %@ Mit phang (P) chira duong thang A'C’ cat cic canh SB, SD lan luot tai
B', D' va dit k = S4%C0 G4 trj I6n nhét cia k 147
S.ABCD
AL B. = c. p. &
105 30 15 27
Loi giai
bat E X, SD _ y
SB' SD’

THAY VIET

B 0905793688
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Chuyen dé: °T{ st thé tich

Gung 7/75

., SB SD SA SC

Taco SB’+§=§+SC’ =>X+y=8 = y=8-x.
1 1 1
Tacd 228 =—— =V o =—V, 5o =—V, .
VS_ABC 15X S.A'B'C 15X S.ABC 30X S.ABCD
Ve roer 1 1 1
Tacd 22 =— =V, o =—-V =—V :
VS.ADC 15y S.ADC 15y S.ADC 30y S.ABCD
Taco ko Yomser 11 1} 4 4 4 |
sasco 30X y) 16xy 15x(8-x) 15(-x*+8x)

Tacd1<X, y<8=8-x>1 < x<7.
Xét ham s f (x)=—x*+8x trén doan [1,7].
x=0¢[17]
x=4¢e[17]
Tinh f(1)=7; f(7):7; f(4):32.
k dat gia trj 1on nhat khi f (x) dat gi4 tri nho nhat.
_4 4
™ 157 105
Cau 15. Cho tir dién déu co chicu cao h, ¢ ba goc cua tr dién nguoi ta cat di cac tr dién bang nhau c6 chiéu
cao x dé khoi da dién con lai c6 thé tich bang mot ntra thé tich cua khoi da dién déu ban dau . Tim X.
h h h h
A X=—f4. B. x=—. C. x=—f4. D. x=—f4.
7z g i 3

Léi giai

f'(x)=-2x+8; f'(x)=0 c{

min f (x)=7= k

Chon D

A

Goi canh cua khdi ttr dién déu ban dau 13 a.

2
Tacod AO=+/AB?—BO? = [a’ - ﬂ :ﬁ:h:ﬁ:kﬁ:@_
3 3 3 J6 2
a2 h\3

VABCD = .

12 8

3 3
. . . 3 a . X X
The tich cua ba khoi tir dién déu c6 chiéu cao X dugccatrala V =3, g/é = 3;3\/§

3 3 3
Taco X3\/§:£h \/§<:>x3=h—<:>x=1.
8 2 8 6 36

/ Gido viér: e/l@t%&n/”~ e%a/ny' YVied
e MUebsile: W// WMMQWMWW
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Chuyen dé: °T{ st thé tich %//y 2BI05

Cau 16. Cho ti dién déu c6 chiéu cao h, ¢ bon goc cua tir dién nguoi ta cit di cac tir dién déu bang nhau co
= A A A A \ - z A 47 M 3 A 47 5 A A A N
chiéu cao x dé khoi da dién con lai c6 thé tich bang " thé tich cua khoi da dién ban dau. Tim X.

BX:h CX:h D. x=

h h
34 T U 2 36
Loi giai

A x=

Chon C

2
Goi canh cua khdi tr dién déu ban dau la a,tacéd h=|a’ —(%j = \/%a =a= \/gh .

2
3
Thé tich cta khéi tir dién ban dau 1a V = %(\Eh] .?. = % .

3
L LA 2 .. , Ko vr 1ia ah s 1A < , oX
Do d6 tong the tich cta ba khoi tir dién déu c6 chiéu cao X dugc catra la .

h

3 _1 n
12

X h?
Theo gia thict ta co ry = ry & X=

Cau 17. Mt phang di qua trong tAm ctiia mot ta dién, song song véi mot mat cua ti dién va chia khoi ta dién
da cho thanh hai phan. Tinh ti sé thé tich (s bé chia sé 16n) caa hai phan dé.

A.g. B.E. C.2—7. D.E.
3 7 37 4
Loi giai
Chon C

Goi G la trong tam cua tr dién ABCD, A’ la trong tam tam giac BCD.
Gid sir mt phdng qua G song song v6i (BCD) cét cdc canh AB, AC, AD lan luot tai M,N,P taco
AM AN AP AG 3

AB AC AD AA 4

B 0905793688




Chuyen dé: °T{ st thé tich %/fy 29/0.5

2
Do d6 S,,p =(§J Secp VA d(A,(MNP))=%d(A,(BCD)).

3\?(3 27 V., 27/64 27
suyraVywe =| 2| |2 Voo =5y, =1 20007 20
Y18 Vaaae (4) (4) AP 64 PP Ty, 1-27/64 37

Cau 18. Cho khéi hop ABCD.A'B'C'D’. Lay diém E thugc canh BB’ sao cho BE = BB

!

, diém F thudc canh

DD’ sao cho DF =$. Mt phang qua ba diém A, E,F chia khdi hop thanh hai phan. Tinh ti s6

hai phan ay.

A. 2. B.1. C.§. D.ﬁ.
2 3
Lai giai
Chon B
Ta thdy thiét dién cua (AEF) va hinh hop la tir gidc AFC'E.
) X+y+z+t
Taco VABCD.AFC'E = TVABCD.A'B'C'D'
, 0 . BE 1. cc' DF 3 1
trong do x = m =0;y= ﬁ = Z L= E =1t= ﬁ = Z = Vs arce = EVABCD.A'B'C'D' :

Vay ti 1& thé tich cta hai khéi 1a 1.
Cau 19. Cho khéi hop chit nhat ABCD.A'B'C'D'c6 AB =4a; AD =6a; AA'=7a. Cac diém M,N,P thoa
man AM =2AB; AN =3AD; AP =4AA’. Tinh thé tich V cua khdi te dien AMNP.
A.V =168a°. B.V =672a°. C.V =336a°. D. V =1008a°.
Loi giai
Chon D
Ta co tar dién AMNP vudngtai A nén V = % AB.AD.AA'= %.8a.lSa.28a =672a°.

B 0905793688




Chuyen dé: °T{ st thé tich %//y WS

Cau 20. Cho hinh chép S.ABCD c6 ddy 1a hinh binh hanh. Goi C' la trung diém cua SC. Mat phing (P)

chira AC'cat cac canh SB,SD lan luot tai B',D"'. Bat m=—3BCD Gj4 tri nhé nhat cia m bang
S.ABCD

A.i. B.i. C.l. D.g.
27 27 9 9
Lai giai
Chon C

SA' .. _SB'SsC' 1~ SD' ,SA SC SD SB 11
bat —=1x= =—;y=——.Taco —+ = + & —+—=3
SA SB'SC 2 SD SA SC' SD' SB' x y
Co me Vs e =VS_B.C.D.zlsB SC' SDh* 1xy

Vieeo Negep 2 SB SC SD 4
3—1+1>i:>xy>ﬂ:>m>l
x y Jxy 9 "9

Cau 21. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi C’ 1a trung diém canh SC . Mit phang

(P) chira duong thang AC’ cat cac canh SB, SD lan luot tai B’, D'. Bat m =L Gia trj lon
S.ABCD
nhat caa m bang

A.i_ B_l_ C.§_ D.ﬁ.
9 8 3 5
Loi giai
Chon B
TsA SB sC 2 SD
: 1:1 ! l+2—£+1' 14_1‘:3_

v
Vssco _ Vesco _ 1SB' SC' SD'_ 1
Ve oo Vs 2SB SC SD 4

2
i:3—}<:>y:L, (1<t§1j =>m=f(t)= t Smaxf(t):f(1j=l.
y ot 3t-1'(3 4(3-1) [ 2) 8

Cau 22. Cho khdi hop ABCD.A'B'C'D’ c6 thé tich V . Tinh thé tich khéi ti dién AB'CD’.

AL B. L. c. L. p. L.
4 6 3 4

Ma m=

B 0905193688




Chuyen dé: °T{ st thé tich %//y IS

Cau 23.

Céu 24.

Céau 25.

THAY VIET

Loi giai
Chgon C

Taco Vygep =V _(VA‘A’B'D’ +Vecwo +Vaace Vo anc ) =V -4

V.V
=g

Cho khdi hop ABCD.AB'C'D' c6 thé tich V. Cac diém M, N, P thoa midn AM =2AC,
AN =3AB’, AP =4AD' . Tinh thé tich cua khdi tir dién AMNP.
A. 8V. B. 4v. C.6Vv. D. 18v.
Loi gii
Chon A
, AM AN AP \
TacoV = . . Vi =2.3.4.—=8V.
AMNP AC ABy ADy ACB'D 3
Cho khdi tir dién déu S.ABC canh bing a. Mit phang (P) di qua S va trong tam cua tam gidc ABC
cat cac canh AB, AC lanlugttai M, N . Dat m = Ye.am Gia tri nho nhat cia m bang
S.ABC
A 2. B. 2. o= p. 1.
3 9 9 3
Loi giai
Chon C
4
. AM AN . R R ., R \ .2
Dit x=— 5 VY=o (x,y [0;1]). Goi O latrong tam ta giac ABC va D la trung diém canh
AB, giast AM > AD. Tacd
o San _AM AN
S.e. AB AC
Ap dung dinh Ii Meneleuys cho tam giac ACD ta c6
xa—2
MD OC NA 5. ya
. . =1l= 2. =1 & (2x-1)y=x(1-y) ©3xy=x+y=>2
MA OD NC xa a—ya ( )y ( y) X y \/E
=m=xy> 4
25
Cho hinh chép S.ABC ¢6 M, N, P lan luot la cac diém théa man SM =2SA, SP=3SC va

SN =kSB . Biét Yeme _ 1 o

S.ABC

A k=t B. k=1. C.k=1. D. k=36.
36 6
Gicio viére. .-C/VWWA' e%a/ﬁg/‘ YViel —
e ' B 0905793688
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Chuyén Tl the tich Gung 22/ 7.5

Loi giai
Chon A
Taco Ve :S—M.S—N.S—P:6k 1 <k =i.
<ac SA SB'SC 6 36

Cau 26. Cho khéi tor dién déu ABCD. Goi M,N,P,Q,R,S lan luot 1a trung diém cua cac canh
AB, AC, AD,BC,CD, DB. Biét thé tich cua khéi bat dien d&&u MQNPSR bing 9+/2 cm®. Tinh do dai
canh cua tir dién déu ABCD.

A. 2cm. B. 3cm. C.6cm. D.i/fcm.
Loi gidi
Chon C

Goi V =V, g
.,V
Taco: —AMNP _ AM .AN . AP _1 =V, e zlv
Vieey AB AC AD 8 8
1., 1., 1
TIIO'ng tlI VB.MQS = §V , VC.NQR = gv y VD.PRS = gv
1 V
VMQNPSR =V _VA.MNP _VB.MQS _VC.NQR _VD.PRS =V _4'§V = E
Theo gia thidt Vyyoupe = 92 < % 92 <V =1842.
3
Pat d dai canh cua tir dién 1a a, ta co: V = alf —18y2 < a=6
Vay a=6¢cm.
Gido vien: Nguyén Hoang Vied —
e ' B 0905793688
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Chuyen dé: T s5 the tich Gung 22/ 7.5

CAau 27. Cho khéi ta dién déu ABCD c6 canh bang a. Goi M, N lan luot 1a cac diém trén canh

AB, AC: %:% %_2 Mat phang () chira MN, song song véi AD chia khoi tir dién thanh
hai khdi da dién, trong do khdi da dién chira dinh A c6 thé tich V . Tinh V
3 3 3 3
A.\/:4\/§a. B.VZS*/Ea | C'V:4\/§a. D.V:11\/§a
108 108 81 342
Loi giai
Chon A
Ne(a)n(ACD
ace |V =D)L (acp) - N/ 140( <cp, D€ - AN 2]
AD//(a) DC AC 3
Me(a)n(ABD
( ) ( ):(a)m(ABD)=MF//AD(FeBD DF _AM 1)
AD//(a) DB AB 3
Nhu vay thiét dién cua tr dien ABCD cét boi («) 1a te gidc MNEF .
Vimo . AM AN 12 2 2
VAlBCD AB AC 3 3 9 A.MND 9 A.BCD ( )
S —ES —ES
Vo e _ DF =1 Vb mne _SMNB _ Saec ~Saun — Ssen _ ABC g TABC g TARC _ 4
VD.MNB DB 3 V BC S SABC SABC 9
14 4
:VD.MNF =§'§VA.BCD = 27VA BCD (2)
Voeen _ DE DF Z 1 z Vocan _ Scen _ CN _l
Vo can "DC'DB 33 9 Vocen Seea CA 3
1 2 2
:>VD.EFN = § 5 ABCD — EVA.BCD' (3)
cong (1), (2), (3) theo vé ta duoc:
Gido vier: Nguyén Hoang Vied
e ' B 0905193688
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Chuyen & Tl s6the tich Gung 22/75

2 4 2
VA.MND +VD.MNF +VD.EFN = _VA.BCD + _VA.BCD + _VA.BCD

9 27 27
12 12 a2 a2 42

=V =—V =,
27 AP 277 12 27 108

Cau 28. Cho khdi tir dién déu ABCD c6 canh bang a. Goi M, N lan luot 14 trung diém cc canh AB, BC va

E la diém thudc tia d6i cua tia DB sao cho % =k. Tim k dé mat phang (MNE) chia khéi tt dién

3
thanh hai khéi da dién, trong d6 khéi da dién chira dinh B ¢ thé tich V = 11;5""
A.k:g. B. k=6. C. k=4. D. k=5.

Loi giai

Chon C

suy ra thiét dién cua tir dien ABCD cét boi (MNE) la tir giac MNPQ.
Q=EM N AD

Veorg ED EP EQ

. {P =ENNCD
Gol

Ta c0: = . (@)
Veauw EB EN'EM
Theo gia thiét: BE (- ED_k-1 ; (1.1)
BD EB  k
. [MN//AC
Ta thiy: — PQ/IMN//AC = S EP g9
(EMN)(ACD)=PQ EM EN

k
——+1
Xét AEAB c6 EM la trung tuyén :E+1:2EM = EM k-1 _ 2k_1:> EQ _ 2k =2
ED EQ ~ EQ 2 2k-2 "EM  2k-1

(1.3)

| Gido viér: e/l@t%m~ . %a/ny YViel —
| | ' B 0905793688
e %MW//&%M%WW%/W




Chuyén Tl the tich Gung 25/75

Céu 29.

THAY VIET

Thay (1.1) (1.2) (1.3) vao (1):

Vepro k=1 (2k-2Y Vv k-1(2k-2) 8k’-11k+4
= : = =1- : = —(2)
Veow K \2k-1 Ve o k (2k-1 k(2k—1)
Lai co:
Ve e _ d(E’(BMN))'SBMN _ EB BM BN :5 2.1)
Voamc d(D.(ABC))S,. DB BA BC 4 '
2 2
T (2)va (2.1) suyra Y - 8k? —11k +24_5 _ 8k* —11K 424
Vagen k (2k —1) 4 4(2k —l)
112a° 4
2 2 -
Nhuvay 294 Sk Mkad 22 B LKA ke _1g7k+108 =05 | 27
J2a 4(2k -1) 49 4(2k-1) k=25
12
Vay k=4.

Cho hinh chép S.ABC. Trén canh SA lay cac diém M ,N sao cho SM =MN =NA . Goi («), (B) la
cac mit phang song song véi mat phang (ABC) va lan lugt di quaM,N. Khi d6 hai mit phang
(@), (B) chia khéi chop di cho thanh 3 phan. Néu phan trén c6 thé tich bang 10 dm? thi thé tich cua
hai phan con lai lan luot 14

A. 80 dm®va 190 dm?, B. 70 dm®va 190 dm®.

C. 70 dm®va 200 dm?®. D. 80 dm®va 180 dm®,
Loi giai

Chon B

Goi E=(a)nSB, F=(a)nSC, G=(8)nSB,H =(8) N SC thi theo dé ta co:
* Vs mer =10 dm®

Vowee SM SE SF 11
S A 37

Vowee  SM SE SF
" Vi SN 'SGSH
Do d6 Vigumer =Vsnon —Vsmer = 70 dm?, Viernee = Vs.asc ~Vsnen =270-80=190 dm®,
Vay thé tich ctia hai khdi da dién con lai 1an luot 13 70 dm®va 190 dm®.

111
EEE :VS.NGH :8VS.MEF =80 dm3.

B 0905793688
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Cau 30.

Cau 31.

THAY VIET

Cho hinh chép S.ABCDc6 day 1a hinh binh hanh. Trén canh SA liy cac diém M,N sao cho
SM =MN =NA. Hai mit phang (e), (8)song song véi (ABCD)va lan luot di qua M, N chia khi
chop da cho thanh ba phan. Néu phan trén ¢ thé tich bang 10 dm® thi phan ¢ giira cd thé tich la

A. 70 dm®. B. 80 dm®. C. 180 dm®. D. 190 dm®.

Loi giai

Chon A

Goi P=(a)nSD, Q=(a)nSC, R=(a)nSB, E=(8)nSD, F=(8)nSC, G=(f#)nSB
thi theo dé ta co:
V. =10 dm®

S.MPQR

* VS.NEFG :VS.NEF +VS.NGF’

Vs ner :ﬂ_E_E:Z.Z.Z = Vs ner =8V wpg »
Vowro SM SP'SQ
VS.NGF _ﬂ SG SF =

Vowre SM SR'SQ
:>VS.NEFG :VS.NEF +VS.NGF = 8\/S.MPQ +8VS.MRQ = 8(VS.MPQ +VS.MRQ): 8Vs.MPQR =80 dm”’.
Vay thé tich cua khdi chép cut NEFG.MPQR I8 V =V s — Vs ypor =80—10="70 dm®.

222=Vg e = 8VS.MRQ

Cho hinh chop S.ABCD c¢6 day la hinh chir nhat, AB=2a, BC=a, SA=SB=SC =SD =2a. Gia
st E thudc canh SC sao cho SE =2EC, F la diém thudc canh SD sao cho SF =%FD. Thé tich

khéi da dién SABEF bang:

3 3 3 3
A. 53a . B. J3a . C. 2:/3a . D. 243 .
36 18 9 27
Loi gii
Chon A.

B 0905793688



Chuyen dé: °T{ st thé tich % TS5

Cau 32.

THAY VIET

Vi SA=SB=SC =SD=4+/2a nén hinh chiéu vudng géc ha tir dinh S xudng ddy trang véi tim duong
tron ngoai tiép day, tuc la trang voi diém O = ACBD.

2 2
Taco: SO =+/SA2 — AO? :1/2a2 _4a :a _ \/Ea
3a®

1 J3
3

:>VS.ABCD = g'SO'SABCD =T 5

Ta co:

SE SE SF 2 (ﬁaﬁ}rg l(ﬁa3]:5\/§a3 |

Vs aser = Vs.ase T Vs aer = E-VSABC +§'5'VSACD = § 6 320 6 36

Cho tir dién ABCD c6 BAC =CAD=DAB=60°, AB=8(cm), AC=9(cm), AD=10(cm). Goi
A, B, C,, D, lan luot la trong tdm cta cac tam giac BCD, ACD, ABD, ABC. Tinh thé tich V cia
khéi ta dien AB,C,D,:

A.V =202 (cm®). B.V =¥(cm3) . C.V :¥(cm3). D. V =602 (cm?*).

Loi giai

L4y cac diém B’,C’ lan luot trén cac tia AB, AC sao cho AB'=AC'=AD'=10 .

Gicio viére. .-,/VWmA" e%r/my‘ YViel —
' B 0905793688



Chuyen dé: °T{ st thé tich @aﬁﬂf 2S5

Céu 33.

THAY VIET

AB AC 18
EA_C' AB'CD — 2_5VA.B'C’D’
Trong d6 AB'C'D la tir dién déu canh a=10cm, do d6 thé tich cua né la
a2 2502,
= cm™.
12 3

Khi d6: V,5ep =

Vivay V.o =604/2 va hai khéi tir dign ABCD va AB,C,D, ddng dang theo ti 6 %
Do dé: V = M(cm3).

ABC,D, =EVABCD = 9

Cho hinh chép S.ABCD co6 day ABCD la hinh chit nhat. Mot mat phiang song song véi day cit cac
canh bén SA, SB, SC, SD lan luot tai M, N, P, Q. Goi M’, N’, P/, Q" lan luot la hinh chiéu cua
M, N, P, Q trén mat phang day. Tim ti s6 SS—'\: dé thé tich khéi da dien MNPQ.MNP'Q’ dat gia tri
I&n nhat.
A3 B 2 c. L D. 1.
4 3 2 3
Loi gidi
Chon B.
S
Y
SM

Dat AT x(0<x<1), ki hiéu VV,h lan luot la thé tich va chiéu cao cta khdi chop da cho.

Theo dinh |y Ta-let, ta co: MN _ NP _ PQ = QM = SM
AB BC CD DA SA

a (jj((l\s/l,’((::g[[)))))) = /;'\A" =1-x =d(M,(ABCD))=(1-x)h.

Vi VAY Vyeo mro = MN.MQ.d (M, (ABCD)) = x?.(1—x)h.AB.AD = 3x* (1-x)V
4

Theo BDT Co-si, ta ¢6: x*(1-x) = % x.X.(2-2x) < %(

X+X+2—-2x\°
27

3

SN

Do d(’), VMNPQ.MNP’Q’ < §V .

B 0905793688
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Cau 34.

Céau 35.

THAY VIET

Diu “="xay ra <:>X=2—2XC>X=§.
Cho hinh chép S.ABC. Mot mit phang song song véi day (ABC) cit cac canh bén SA, SB, SC lan
luot tai M, N, P. Goi M’, N, P’ lan luot I hinh chiéu caia M, N, P trén mit phang day. Tim ti sb
i—“: dé thé tich khéi da dien MNP.MN'P’ dat gia tri Ion nhat.
A.E. B.g. C.l. D.i.
4 3 2 3
Lo giai

Chon B.

bat SS—I\': =x(0<x<1), ki hiéu V,h lan luot la thé tich va chiéu cao ctia khdi chép da cho.
MN _NP_PQ_SM _

Theo dinh |y Ta-let, ta co: = = =
AB BC CD SA

. d(M,(ABC)) AM
" d(s,(ABC)) ~ sA

Vi VAY Vye npr = Sune-d (M, (ABCD)) = X%, (1= X) .S e =3%* (1-x)V

=1-x =d(M,(ABC))=(1-x)h.

3
Theo BDT Co-si, ta co: X* (1—x):%x,x,(2_2x)§%(wj _4

3 27"

Do d6, Vypunp < gv .
’( 13 29 2 2
Dau “=”xayra <:>x:2—2x<:>x:§.
Cho hinh chép S.ABC. Mot mat phang (P) song song véi day (ABC) cét cac canh bén SA, SB, SC

lan lwot tai M, N, P. Tim ti s& SS—I\: dé (P) chia khéi chép da cho thanh hai khéi da dién c6 thé tich

bang nhau.

B 0905793688
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A . B. . c. i p. L.
2 Ya 2 4
Léi gidi
S
M N
A B
C
SM

bat —=x(0<x<1)
SA

Theo dinh |y Ta-let, ta co: SM _SN_SP_ X

SA SB SC
. SM SN SP X 1 R
Va VS.MNP =§§§ S.ABC — X3'\/S.ABC TheO glathlet, VS.MNP :EVS.ABC nen
X3 —1c> x—i
2 2

Cau 36. Cho hinh chép S.ABC c0 tat c4 cac canh déu bang a, mot mat phang (P) song song véi mit day
(ABC) cit cac canh bén SA,SB,SC lan luot tai M,N,P . Tinh dién tich tam giac MNP biét mat
phang (P) chia khdi chép da cho thanh hai khéi da dién c6 dién tich bang nhau.

A s, =23 B 5, =23 _a'y3 _&V3
. MNP 8 . . MNP 16 . . MNP 43/5 : ) MNP 4<1/Z .
Loi gidi
S
M P
A C
B

Gicio viére. .-Jl@z%m~ e%m@y‘ YVied —
\ | ' B 0905793688
) Emrp—— MUebsile: W//h%m/kphavny//&mm




Chuyen & Tl s6the tich Gurng /705
Mit phang (P) song song véi (ABC) va cit cac canh bén SA, SB,SC lan lugt tai M, N, P .
Theo Ta-let ta co: S_M=S_N=S_P=X>0.
SA SB SC
Do d6 \M: SM SN SP =x*>0.
Vo.. SA SB SC
Theo gia thiét: Ve =l<:>x3 =1© x=3i:w=s_M=3i:> MN =3i.
Voge 2 2 2 AB sSA 32 32
Vi tam gidc ABC ddu canh a nén tam gidc MNP 13 tam gidic déu co canh bing % .

2
a
— | /3
. (%/5 j V3 a’\3
Vay Sywe = =
4 43/4
Cau 37. Mot vién da co dang khdi chdp tir giac déu co tat ca cac canh bang a. Nguoi ta cua vién da theo mat

phing song song véi mat day cia khdi chop dé chia vién da thanh hai phan ¢ thé tich bang nhau. Tinh
dién tich thiét dién vién da bi cwa boi mat phang noi trén.

A& a
T B
Chon D
Gia str cat vién da khoi chép tir gidc déu S.ABCD theo mit phing (MNPQ) song song véi (ABCD)
nhu hinh vé.

Theo Ta-let taco: M- _ SN _SP_SQ _

) SA SB SC SD
Theo gia thiét ta co:
Vouneg _1 _ Vomw *Vsweo _ 1 _ Vowe , Vsweo _ 1 SM SP(SN @):l
V o 2 Y 2 Ve Viao 2 SA'SCUSB SD) 2
1L_MN_S™M_1_ . a

Y AB SA ¥a &

2
a a
Vi ABCD la hinh vuéng nén MNPQ la hinh vuéng canh — . Vay S =l—=| =
g g s Y OwmneQ (3/2)

<:>2x3:£<:>x:
2

B 0905193688
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Cau 38. Cho tir dien ABCD co thé tich bang 12 va G 1a trong tdm tam giac BCD. Tinh thé tich cua khdi

chop AGBC.
A.V =3. B.V =4. C.V=6. D.V =5.
Loi giai
Chon B
A
B D
Taco Vassc = Sesc = l = Vacee = 1VA.B(:D =4

A.BCD S BCD

Cau 39. Cho hinh lang tru tam gidc ABC.A'B'C’' c6 day ABC la tam giac vudng cén tai A, canh AC = av2.
Biét AC' tao véi mat phang (ABC) goc 60° va AC’'=4. Tinh thé tich V cua khéi da dién

ABCB'C'.
A.Vzg. B.Vzg. C.V:%. D.V:@.
3 3 3 3
Loi giai
Chon B

Tacé S, =- AC? =%(2\/§)2 =4 va d(C',(ABC))=C'H = AC"sin60° = 2/3.

.",_,H - %MW//WWW%/W
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L 2 = %.4.2[ = —16f .

Khi do, VABCB’C' :VABC.A'B'C’ _VA.A’B’C' :VABC.A'B'C’ _§VABC.A’B’C’ = EVABC.A'B’C’ =
Cau 40. Cho tir dién ABCD cd thé tich bang 54, goi M, N, P lan Iuot 14 trong tam cac tam giac ABC, ACD,
ADB . Tinh thé tich caa khdi tr dién AMNP .
27

A.V=?. B.V=4. C.V=09. D.V=16.

Loi giai

Chon B

Goi D,E,F lan luot 1a trung diém céc canh BC,CD,DB.
) 2\ 2\ 1 2 2
Taco VAMNP = (gj VADEF = (g) 'ZVABCD = EVABCD = 5'54 =4.

Cau 41. Cho hinh hop ABCD.AB'C'D’ c6 ddy ABCD Ila hinh thoi canh bang 6 va goc nhon béng’45°, canh
bén cua hinh hop bang 10 va tao v6i mat phang day moét goc 45°. Tinh thé tich khoi da dién

ABCDD'B'.

A.V =180. B.V =60. C.V =90. D.V =120.
Loi giai

Chon D

B 0905793688




Chuyen dé: °T{ st thé tich %//y /W5

Cau 42.

Céau 43.

THAY VIET

Khi d6 (AA’;(ABCD))= A'AH =45° = A'H = AA’sin45°=52.
S ecp = 62.5IN45° =182
Nén VABCD.A’B’C’D’ = SABCD'A'H =180.

2 2 2

VABCDD’B' :VA.BDD'B’ +VC.BDD’B’ = g'\/ABD.A’B'D' + §VBCD.B'C'D' = gVABCD.A'B'C'D' = 120 '

Cho khéi lang tru tam gidc ABC.A'B'C’, goi M, N lan luot thuoc cac canh bén AA’, CC' sao cho
MA=MA’", NC=4NC'. Goi G la trong tam tam giac ABC. Hdi trong bon khéi tr dien GA'B'C’,
BB’MN , ABB'C’ va A'BCN ,,khéi ter dién nao co thé :u'ch nho nhat? ,
A. Khoi A'BCN. B. Khoi GA'B'C'. C. Khoi ABB'C'. D. Khoi BB'MN .
Loi giai
Chon A
Cl
batV :VABC.A’B’C’ .
, . 1
Tacé Ge(ABC) nén Vg yge = 5V :
1 12 1
Veemn =V sen = Vasen ZE'VA.BB’C'C =E-§V :§V .
1 12 1

Vpgee = EVA.BB’C’C = EEV = §V

S CN 4 4 41 41 2 4
Tacod =N =— _ =— nén V,poy = =Vagee == =Viageen = —.—.—V =—V

SCBC, CC/ 5 A'BCN 5 A'BCC 5 2 A'BCCB 5 2 3 15

Vay khéi tir dién A'BCN c6 thé tich nho nhat.

Cho khéi lang try tam giac ABC.A'B'C’ c6 thé tich biang 60. Goi M, N, P lan luot thudc cac canh
bén AA" BB', CC’ sao cho MA=2MA’, NB=3NB', PC=4PC’. Tinh thé tich khéi da dién
BCMNP.
85
A. 40. B. 30. C. 31. D. 3
Loi giai
Chogn C

B 0905793688
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Céau 44.

THAY VIET

B
Goi d la khoang cach gitra BB" va CC’.
1 1(3 4 1 31 31
Tacé S =—(CP+BN)d ==.| =BB'+=CC' |[d==.—BB'd=—S.-n.
BCPN 2( ) 2 (4 5 j 220 40 °c®

31 312 31 2

4_0 M.BCCB' — 40 3VABCABC 4_0 E .60=31.

Cho khdi tt dién déu ABCD c6 canh bang a. Goi M, N lan luot 14 trung diém cta cac canh AB
BC va E dbi xung voi diém B qua D. Mt phang (MNE) chia khoi tir dign ABCD thanh hai khoi
da dién, trong d6 khdi da dién chira dinh A c6 thé tich V . Tinh V .

3 3 3 3
132a | BV - 72a | . J2a | . 112a |
216 216 18 216

Loi giai

Do d6 Vgeyne =V seen =

AV =

Chon D

Goi P=CDNNE, Q=ADNME, khi d6 (MNE) chia hinh chdép Ia hai khoi da dién gbm
ACMNPQ va BMNDQP .
D& dang ching minh dugc P, Q lan luot 1d trong tdm tam giac EBC va EAB. Khi dé:

EQ_EP_2
EM EN 3
ED EQ EP 122
Taco VE DQP — EB “EM EN VE.BMN =§'§'§VE.BMN =§VE.BMN

7
:>VBMNDQP _VE BMN VE DQP 9VE BMN *

- 1 :(ABC EB
Lai c6 Syguy = SAABC’ E EABC§§ DB
« A A ) )
Gido vien: Nguyin Hoang Vigl B 0905793688

Wobsile: hiffs) luyenthitsacnghiomivn
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Céu 45.

Cau 46.

Cau 47.

Nén VE.BMN — (E ( )) ABMN :2_1:1
Vb.asc (D ( )) ARBC 4 2
71 7
Suy ra VBMNDQP § Py Vo asc = 18 —Vp nec
RVIRY vy _u,, 11 2a° 1128’
acwneg = Vo asc ~ Vomepop = 7o Vb asc = 18' 12 216

Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh va cd thé tich bang 48. Ki hiéu M , N lan
luot 13 cac diém thuoc canh AB, CD sao cho MA=MB, ND=2NC. Tinh thé tich V cua khdi chop
S.MBCN .
A.V =40. B.V =8. C.vV=20. D.V =28.

Loi giai

Chon C

Goi d la khoang cach gitra AB va CD.

1 1(1 1 1 5
Tacd S,.... ==(BM +CN).d==.| Z=AB+=CD |d==.
MBCN 2( ) 2 (2 3 j 2

ABd = E'SABCD .

CDlU'I

R 5 5
Neén Vg yeen = EVS.ABCD = 5-48 =20.

Cho khéi hop ABCD.A'B'C'D’ tam 1, cac diém M, N, P, Q lan luot la trug diém cua cac canh
AB, BC, CD, DA. Tinh thé tich ciia pha khbi hop nam ngoai khdi nén 1.MNPQ .

A B. 2. c ¥ p. .

12 6 4 8

Loi giai

Chgn A

. 1 1 4 1 . < 1A 1 L ax
Taco Sy, = ZSABD :§SABCD = Synpo = 1—§ Spgep = ESABCD va h la chiéu cao cua hinh chop da
cho.

o 1 11 h V

Vivay V, uweq = gSMNPQ'd (l,(ABCD)) = 3 ESABCD 2 = 12°

Vay Thé tich cn tinh 12 %

Cho khéi chdp S.ABCD c6 thé tich V va day ABCD la hinh binh hanh. Ki hiéu S’ 1a diém thoa man
SS’=2DC . Tinh thé tich phan chung ciia hai khdi chép S.ABCD va S'.ABCD.
5V - Vv Vv

A —. B. — C. —. D. —.
9 9 3 2

B 0905793688



Chuyen dé: °T{ st thé tich @%/7/ TS5

Loi giai

D o
Taco CD//AB//SS' dodé SDASC=C', SANSB=B'.
BB AB 1 SB 2

Vi B'C'//BC va =—=—= =—.
BS SS" 2 SB 3

Phan chung ciia hai khéi chép 1a ABCD.B'C’.
Tacd Vygcome =V —Vsaocw =V —(Varse +Vanoe ) Va theo cong thic ty s0 thé tich ta c6

2Y 41, 2., . 2 21, 1
VS.AB’C’ = (gj VS.ABC = §§V = §V va VS.ADC’ = EVS.ADC ZE.EV = §V .
A 2 1 5 4
Vay Vs aoee = §V +§V = §V = Vagcocw = 5\/ :

Cau 48. Cho hinh lang try ABC.A'B'C’ ¢ thé tich V . Cac diém M, N, P trén cac canh AA', BB', CC' sao
oMM _1 BN _1 CP 2

ch ==, ==, ==, Tinh thé tich cua khéi da dién ABC.MNP .
AA" 2 BB’ 3 CC' 3
A. 1V. B. lv. C. lv. D. EV.
2 16 18 18
Loi giai
Chon A
A B'
o
T
__________________ .
r
N / ”
e
Ta Cé VABC.NMP =VM.ABC +VM.BCPN
Trong d6 Vy, xsc = %d (M,(ABC)).Sqc = %V
Gido vien: Nguyér Hoang Viet —
e ' B 0905793688

P etsile: hllfo://luyenthitiacngliiem.on




Chuyen & Tl s6the tich Gung #5/75

2 1

7+i
_ Seceu yy BP +CN 3'32,_1,

\ = E B =S, -
M .BCPN SBCC’B, M.BCC'B BB/+CC( A.BCCB 1+1 3 3

N 11 1
Vay Vagemne = (E"'gjv = EV .

Cau 49. Cho hinh ling tru ABC.A'B'C’ c6 thé tich V. Cac diém M, N, P trén c4c canh AA’, BB', CC’ sao
AM 1 BN CP 2

cho ==, = == Tinh thé tich cua khdi da dién ABC.MNP.
AA" 2' BB’ CC' 3
A. Ev. B. iv. C. Qv. D. Ev.
3 16 27 18
Loi giai

C

Ta co VABC.NMP :VM.ABC +VM.BCPN

Trong d6 Vy, pec = %d (M,(ABC)).S ec = %v

S BP +CN 2 2 4
\Y = —BCPN y/ oy = —————— ==V ==V .
M .BCPN S,cn M.BCCB T BRI Q! ABOCE T 373 9
R 1 4 11
Vay Vscune = (g"‘gjv = EV :

Cau 50. Cho hinh lang tru ABC.A'B'C’ c6 thé tich VV . Cac diém M, N, P trén c4c canh AA", BB', CC' sao

cho AM _ X, BN _ Y, CP o, Biét thé tich cia khéi da dién ABC.MNP bing 1y, Ménh dé nao
AA’ BB’ ccC’ 2
sau day dung?
A x+y+z=1. B. x+y+z=2. C. x+y+z=§. D. x+y+z=§.
Loi giai
Chon C

B 0905793688




Chuyén Tl the tich Gung #9/70.5

Cau 51.

THAY VIET

_________

Taco VABC.NMP =VM.ABC +VM.BCPN

Trong d6 V,, e =%d (M, (ABC)).S sec =§v

S BP+CN y+z 2 y+z2
Vi popy =20y, o TRy =l sy Yy
M .BCPN SBCC,B, M.BCC'B BB;_'_CCy A.BCCB 1+1 3 3
Khi d6 V,ge e = Y2V
VéyVABC_MNP:%Vc>X+§+ZV:%V<:>x+y+z:g.

Cho khéi tir dien OABC c6 OA,OB,OC dbi mét vudng goc va OA=1,0B=2,0C =3. Goi D,E,F
lan luot 1a chan duong cao ha tir dinh O xudng cac canh BC,CA, AB . Thé tich khdi tir dién ODEF
bang

A L B, 275 c. 289 p. B
— 325 325 325 325

Loi giai
Chon A

c
D
E
B
F
A

*Taco

CE CO* 9 AE 1 CD CO* 9 BD 4 AF A0 1 BF 4

CA CAZL 10 'AC 10'CB CB? 13 'BC 13 AB ABZ 5 BA 5

* Ta c6 thé tich khdi tr dién OABC:VO:%OA.OB.OC:l.
wy, _POAEAF, 1, ~_COCECD, 8,  _BOBDBF, 16
AOEE T AO'AC AB ° 50 O “" co'cA'cB ° 130 %" BO'BC BA ° 65

1 81 16 36 36
Vay Ve =[ 1o ———— — 22 |V =V = ——
# Yoner ( 50 130 65) ° 325 ° 325

Gicio viére. .-C/I/Wm”' C%W‘ YViel —
' B 0905793688



Chuyen dé: °T{ st thé tich %/fy SUSW5

Cau 52. Cho tir dién déu ABCD c6 canh bing 1. Goi M, N lan luot 13 trung diém cac canh AB,BC . Biém P
trén canh CD sao cho PD=2CP. Mt phiang (MNP) cit AD tai Q. Tinh thé tich khoi da dién

BMNPQD.
2 2
A N2 5 2BV2 o V2 5 13V2
16 432 48 432
Loi giai
Chon B

*C6 MN // AC = (MNP)~(ACD)=PQ//MN // AC. Ta chia khéi da dién thanh cac khoi tir dién
VBMNPQD :VD.PQB +VB.MNQ +VB.PQN :

\/E .

*Thé tich khdi tir dién déu da cho 1a V, = 3

DP DQ DB 2. 4
"Ta00 Vores =5 oA g {3) Vo=g Yo
X BM BN BQ 1 1 Saco 1 AQ 1
Va V V =_._V :—V .
B.MNQ BA BC BQ BACQ 4 B.ACQ 4 SACD 0 4 D 0 12 0
; BP BQ BN 1 1 Spoc 12 1
Va VB-PQN - BP BQ BC VB PQC 2VB PQC — 2 SADC Vo :§-§Vo =§Vo.

4 1 1)v 23J_ 23\/_.

Vay V, —+
Y Vewmneoo (9 1279)° 3612 432

Cau 53. Cho tir dién déu ABCD c6 canh bang 10cm. Trén cac canh AB, AC lan luot lay cac diém M, N sao
cho AM =8cm, AN =9cm . Thé tich khéi ti dien AMND bang

2504/2
3

AV = cm®.  B.V=60/2cm®. C.V=180V2cm’. D.V =250/2cm?’.

Loi giai
Chon B

.",_,H - %MW//WWW%/W

B 0905193688




Chuyen & Tl s6the tich Gurng 57775

AM AN 8 9 102
Tacd Vo =V, =— T, = 60/2 cm?®.
AMND AB TAC T P 107107 12 V2

Cau 54. Cho hinh lap phuong ABCD.A'B'C'D’ canh 2a, goi M 1 trung diém cia BB’ va P thudc canh DD’

sao cho DP = % DD’. Mgt phang (AMP) cat tich khoi da dién AMNPBCD  bang

A D
B ) C p
M& Ir
A
e D!
e
B’ O
A.V =2a°. B.V =3a°. C.V:%a:*. D.V:%a3.
Loi giai
Chon B
*Thé tich khoi lap phuong V, =8a°. Taco x:ﬁzo;y: BM :1;2: CN t= DP :1.
AA BB 2 CcC’ DD’ 4

*Tacd x+z=y+t va \%:%(XJF y+z+t):%(y+t)=§:VAMNPBCD :gv0 =3a°.

0
Cau55. Cho ti dién ABCD déu canh bang 1. Goi M,N lan luot 4 trung diém cac canh AB,BC. Piém P
trén canh CD sao cho PC=2PD. Mat phing (MNP) cit AD tai Q. Thé tich khoi da dién
BMNPQD bing

A 12 p. Y2 c. %2, p 12
216 27 108 - 216
Loi giai
Chon D

Gido viér: e/l@t%m~ e%a/ny' YVied
e MUebsile: W//h%mf/whavny/wwwm
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Chuyén Tl the tich Gung 52/7.5

*C6 MN // AC = (MNP)\(ACD)=PQ//MN . Ta chia khéi da dién thanh cac khéi tir dién

VBMNPQD :VD.PQB +VB.MNQ +VB.PQN .

2

*Thé tich khdi tir dién déu di cho 1a V, = o

. DP DQ DB 1. 1
1260 Vores = DA'DBVOZ(gj Vo=g%:
\ BM BN BQ 1 1 Sio,, 1AQ, 1
VAV, oo=— — . — == == ARy == Xy =2V
B.MNQ BA BC BQ B.ACQ 4 B.ACQ 4 SACD 0 4" AD 0 6 0
\ BP BQ BN 1 1 Spoc,, 12, 1
VAV, = ——V ==V == Py == Sy =y
B.PQN BP BQ BC B.PQC 2 B.PQC 2 SADC 0 29 0 9 0

vagv. (1,11, 7 N2 12
W Yewveon = 9769 )0 T 18712 216
Cau 56. Cho khéi chop S.ABC c6 SA=SB=SC =a, ASB =60°, BSC =90°,CSA=120°. Goi M,N lan la c4c

diém trén canh AB va SC sao cho % = % Khi khoang cach giira M va N nhé nhat, tinh thé tich

V caa khéi chép S.AMN .

3 3 3 3
A.V=‘/§a. B.V:S‘/Ea. C.V=5‘/§a. D.V=*/§a.
72 72 432 432
Loi gii
Chon C

B 0905793688




Chuyén Tl the tich Gung 53/75

Céu 57.

Céau 58.

THAY VIE

Datﬂ:ﬂ:m(OSmsQ,tacé

SC AB
_ — _ _- — — — — — - — a2 - — - - a2
SA=a, SB=h, SC =c, ‘a‘:‘b :‘c‘:a, a-b:?, b-c=0, c-a:—?.

Theo dang thtc trén ta c6 su biéu dién vecto
SN =(1-m)c, Sﬂ=§+m=§+mﬁ=§+m(5—é).

— MN =SN-SM =(l-m)c—[a+m(b—a)]=(m—-L)a—mb+(1—-m)c.

- . ~ 2
Do d6 MN* =((m—1)"vl—r71b+(1—m)c)2 =(3m? -5m+3)a’ 2—112 .

Déu bang dat tai m :g:V :S_NVSAMC _ SN ﬂvo =m(m-1)V, ==.=. =

sC SC’ AB
Cho hinh chép S.ABCD c¢6 day la hinh vudng canh a, SA=3a vudng goc véi day. Mit phang qua A
vubng goc voi SC cit cac canh SB,SC,SD lan luot tai M, N, P . Thé tich khéi da dién SAMNP bang

3 3 3 3
A. 33a . B. V3a . C. V3a . D. 53a .
20 24 10 24
Loi giai
Chon A

C6 SB L AM, SC L AN, SD L AP va
SA _ SM SA* 3 _ SN SA’ 3 SP SA’ 3

X=—=ly=—=——S=—I=—=—S==t=—=—= .
SA SB SB° 4 SC SC° 5 SD SD° 4
xyzt(1 1 1 1 3/3a°

= (_+_+_ Vsasco = 5

Vay V. =——
Y Vs amnp 4 20

X y z t

Cho khéi lang tru ABC.A'B'C’ ¢d thé tich bang 1 . Goi M, N lan luot 13 trung diém cac doan
thang AA’ vaBB’. Puong thing CM cit duong thang C'A tai P , duong thang CN cét duong
thing C'B’ tai Q . Thé tich cua khdi da dién 16i AMPB’NQ bang

A. 1. B.E. C.l. D.g.
3 2 3
Loi giai
Chon D
Gicio viére. .-C/I/Wm; C%W‘ YViel —
e ' B 0905793688
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Chuyen & Tl s6the tich Gung 52/ 7.5

Cau 59.

Q
Taco A’ 1a trung diém caa PC’; B’ 1a trung diém ctia QC’. Do d6
Se 1 4
VC.C'PQ = &VC.A'B’C’ = 4VC.A’B'C' = 4'_VABC.A'B’C' =5
C'AB' 3 3
AM B'N C'C 1 1
) AA BB CC 2ttt 2
Mat khac VA’B'C'.MNC = 3 VABC.A'B’C’ = TVABC.A’B’C’ = g .
4 2 2
Do d6 V. oane =Va con —Vamie =———=—,
A'MPB'NQ cere T YABCIMNG T3 T3 T

Cho khéi chop tir giac déu S.ABCD c0 tit ca cac canh bang a. Goi M 1a diém ddi xung cia C qua
D, N la trung diém ciia canh SC. Mt phang (BMN) chia khéi chép S.ABCD thanh hai khéi da
dién. Tinh thé tich V cta khi da dién chaa dinh S .

3 3 3 3
A.V=15‘/§a . |3.V=7JEa . C.vzll‘/Ea . D.V:7\/§a .
144 72 144 144
Loi giai
Chon B
Gido visn: Nywuybn Hodng Vist

B 0905793688

Wobsile: hiffs) luyenthitsacnghiomivn



Chuyén Tl the tich Gung 55/70.5

Cau 60.

Goi O=ACNnBD :SOL(ABCD) P=MB~NAD va Q=SDMN suyra Q latrong tdm cua

d(Q,(ABCD
tam gidc SMC = — QD E = (Q ( )) =1.
SD 3 " d(S,(ABCD)) 3

Mit phang (BMN) chia khéi chop S.ABCD thanh hai khoi da dién, trong d6 khéi da dién chira dinh
S la SABPQN .

Taco d(S,(ABCD))=SO =/SA?— AQ? = a‘/_
1 1 a*\2
=V xscp =§d(S,(ABCD)).SABCD :§SO.ABZ ==
, 1 11 MD.BC a’y2
C6 Vy, s =§d(N,(ABCD)).SBCM =§.§d(s (ABCD)). TERREETRE
. 1 11 MD.PA a2
La 6 Vo o =§d (Q.(DMP)).Spe :é.gd (S.(ABCD)). ==
MA Ve =Va rac Vo~V sy Vargnoy = EV2 4 N2 _@'N2_7aV2
SABPQN S.ABCD Q.DMP N.BCM VY SABPQN 6 72 12 72 .
Cho khéi chop tam giac S.ABC c6 thé tich V. Goi M, N, P, H lan luot Ia trung diém cac canh
AB, BC, CA, SA. Tinh thé tich khdi chp H.MNP .
A Ly, B v, c. lv. D. 3v .
12 24 8 8
Loi giai
Chon C
H
B
A
P b
C

Taco V =V, pc =%d (S.(ABC)).S e -

1

.y 1(1 1
Lai ¢6 Vy e =§d(H,(MNP)) Suve ==-=0(S,(ABC)).= S pgc =§(§d (s,(ABc))sABcj=gv :

1
4

OOII—‘
|\>||—\

B 0905793688



Chuyen dé: °T{ st thé tich % S6/W5

Céu 1.

Cau 2.

THAY VIET

TY SO THE TiCH KHOI PA DIEN
(PE SO 02)

Cho hinh chép S.ABC c6 SC=2a va SC L(ABC). Piy ABC la tam giac vudng can tai B va
AB = a+/2. Mit phang (a) di qua C va vudng géc véi SA, (a) cit SA,SB lan luot tai D,E . Tinh
thé tich khdi chop S.CDE.

3 3 3 3
A da B, 8 = 2 p, 162"
9 27 9 27
Loi giai

2 3
Ta o Vs poc =%.SC.SABC =%.SC.1.ABZ =%.2a.%.(a\/§) =2%.

2
Lai o Yoo _ SD SE_SC® SC° 4’ 4’ 1
. Vsaee SA 'SB SA? 'SB? 4a’+2a’ 4a’+4a’® 3
1 2a°

Do d6 Vs oee = Ve e =~
Cho hinh chép S.ABC c¢6 SC =2a va SC L(ABC). bay ABC la tam giac vudng can tai B va
AB = a+/2. Mit phang (a) di qua C va vudng géc véi SA, (a) cat SA,SB lan luot tai D,E . Tinh
thé tich khéi da dién ABCDE .

3 3 3 3
o, 2 B, 8 c. 2 p. 192
9 27 9 27
Loi giai

Gido viér: JVWW; . %a/ng/ YVied

B 0905793688



Chuyén Tl the tich Gung 57/7.5

Céu 3.

Céau 4.

THAY VIET

2 3
Taco V, .. =%.SC.SABC :%.SC.%.ABZ :%.Za.%.(aﬁ) =2%.

., Vepee SD SE  SC? SC? 4a? 4a? 1
Laico —=—.—= . = . ==,
Vi e SA SB SA’” SB® 4a’+2a° 4a®+4a® 3
. 1 2a° 2a° 2a° 4a°
Do d6 Vg pec =§VS.ABC = 9 -Suyra Vygepe =Vs ase —Vspee = 3 9 = 9

Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng canh av2, SA=2a, SAJ_(ABCD). Mat
phang (P) di qua A vudng goc véi SC cét SB,SC,SD lan luot tai H,K, J . Tinh thé tich khdi chop
S.AHKJ .

3 3 3 3
A B. % c. 8 5,28
27 27 9 9
Loi giai
Chon D

2 3
Ta ¢6 V, soep :%.SASABCD :%.Za.(a\/z) :4% va AH L SB,AK L SC,AJ LSD va x=2_1,

_SH_SA 2 SK_SA" 1, S)_SA 2
SB SB? 3’ SC sc? 2' sb SsSp? 3
Do do \le.xyzt l+l+l+% :l.l.g.l.g(l+§+2+§j:l
sascp 4 x y z t) 4 323 2 2) 3
1 43°
:>VS.AHKJ = §VS.ABCD = ?

Cho hinh chép S.ABCD c6 day ABCD la ta giac 16i véi O 1a giao diém cua AC va BD. Goi
M,N,P,Q lan luot 1 trong thm ciia cac tam giac SAB, SBC,SCD, SDA. Goi V,,V, lan luot la thé tich

cua cac khdi chop S.ABCD va O.MNPQ . Khi d6 ti s6 \% la
2

A. 8. B.z. C.ﬂ. D. 9.

4 2
Lai gidi
Chon C

B 0905793688



Chuyen dé: °T{ st thé tich @aﬁ/y SESWS

2

ABCD — SMNPQ = §SABCD .

2
Taco Syypo = (gj Seren :gSEFGH (do hai tr giac MNPQ va EFGH ddng dang theo ti s6 %).
S

S,(ABCD
Suyra —=+= ( )) .SABCD :3.2:2.
V, d(O,(MNPQ)) Sypee 2 2

Cau5. Cho khéi lian try tam gidc ABC.A'B'C’ cd thé tich V. Cac diém M,N lan luot thuoc cac canh

BB',CC’ saocho M2 L. NC _ 1 14 tich khéi chop ti gide ABMNC 12
BB" 2 CC' 4
AL B. >, c. L DYV
3 8 6 2
Loi giai
Chon D
B C
2 —4N
=T~ |
B'K7C'
»
Tacs ean (A, BM, M) 214)-L
meape  SVAAT BB CC 32 4) 4
A Vv
Vay Vagewn :Z-

Gido viér: e/l@t%m~ e%’W YVied
."...H - %MW//&%M%WW%/W
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Chuyen dé: °T{ st thé tich %//7 S9/15

Cau 6.  Cho khoi lang tru tam gidc ABC.A'B'C'. Mit phang qua diém A va diém P thuoc canh BB' dong
thoi song song canh BC, chia khdéi ling tru thanh hai khéi da dién c6 thé tich bang nhau. Tinh ti sb

PB
PB'
A. 3. B. 2. C.6. D. 4
Loi giai
Chon A.
Deth:x,Do PQ//BC nénﬂzg:x
BB' BB' CC'

. - \Y
Ap dung cong thirc ti s6 thé tich ta c6 —oF :E(£+gj :%(X+ X)= 2—; .

sscapc  S\BB' CC’
. \
Ma gia thiét cho Vg0 =Vaponsrc NEN SUY ra—— = Lol x .3
ABC.A'B'C’ 2 2 3 4
suyra o -3 _BP 3 L uBP_3PB+3PB'w PB=3PB'w 5. —3
BB' 4 BP+PB' 4 PB’

Cau 7. Cho khéi hop ABCD.A'B'C'D'. Mit phang qua D, diém Q thudc canh AA', diém R thudc canh
CC' sao cho %z%,%:S chia khéi hop thanh hai phan. Tinh thé tich cua phan chia mit day
(ABCD).

Vv
A.\L. B.Zl. C. —. D.!.
3 3 4 2
Loi giai
Chon D

W\ Gido viern: Ngayin Hoang Viel
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Chuyen dé: °T{ st thé tich %//y oSS

Céu 8.

Taco: Vi ABCD.A'B'C'D' 1a khéi hop nén chirmg minh dugc: AADQ =AC'B' R(C -0 —C) .
Suyra: DQ=RB".

Chiing minh tuong tu ta c6: AA'B'Q =ACDR(C—g —C):> B'Q=DR.

Do do: tir giac B'QDR Ia hinh binh hanh.

Nén QD//B'R = B'e(DQR).

Ta co: AQ+ CR = BB + bD hay: 1+—CR =1+0
AA' CC' BB' DD’ 4 CC'
CR 3

Suyra, —=—.
CC' 4

Mit phing (DQR) chia khdi hop thanh ABCD.QB'R va DQB'R.A'C'D".
Ap dung cong thuc tinh nhanh ti sb thé tich ta c6:

VABC& :E(AQ + BB + CR + DD j::l(l+1+§+0j :1_
Vieeoasco AUAA' BB' CC' DD')  4l4 = 4 2
\) :
Viay: 28R :1 = Vaeco.oer :%V :
ABCD.A'B'C'D’
Cho hinh chép S.ABCD c6 thé tich V' voi day ABCD Ia hinh binh hanh. Mat phang qua A, M, P cat
canh SC tai N v&i M, P 1a cac diém thuoc SB, SD sao cho %:%,%:E.Tinh thé tich khéi da
dién ABCD.MNP.
14
A. §V. B. lV. C. —V. D. iV.
30 30 15 15
Léi gidi
Chon A

Ta ¢é cong thire cho bai todn tong qudt: cho hinh chép S.ABCD ddy la hinh binh hanh. Mdt phang
(@) cdt cdc canh SA,SB,SC,SD lan lwot tai M,N,P,Q nhu hinh vé,
Dat: S_M= x,S—N= y,S—P: z,gzt. Khi do ta co: 1+l:1+}.

SA SB SC SD X z y t
Ap dung vao bai toan ta cé:

Gido vien: Nguyér Hoang Viet

B 0905793688



Chuyen dé: °T{ st thé tich %//y o7/

(AI\/INP) 1a mit phing cit nén: — =1,
Suy ra: }+l—£+l
17172
2 3

Khi do: v _ 1

SABC

N~

Nén: VSAMN +VSANP

SABC VSACD

Do dé \M = § .
VS.ABCD 30

Cau 9. Cho hinh hop ABCD.A'B'C'D' ¢ thé tich V . Cac diém M,N,P trén cac canh AA',BB',CC" sao
AM 1 BN 1 CP 2

cho ==, —==, ==. Mt phiang () qua ba diém M,N,P cét canh DD’ tai Q. Tinh
AA' 2 BB' 3 CC' 3
thé tich cua khéi da dien ABCD.MNPQ .
A Lv. B. [V c. Hy. D. 2v.
12 8 12 12
Loi giai
Chon A
A D
|
B! | <
| -
-~
| -
My~
/1
/1
/1
/
N | E ¢ k
Apm — = — — — =D
/
/7
B C
Cong thtre tinh nhanh: ta co: AM + cP = BN + DQ .
AA" CC' BB' DD’
Suy ra: E+Z:1+£:E:§

2 3 3 DD' DD' 6
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Chuyén Tl the tich Gung 62/ 7.5

o v
Do d6 ti 56 thé tich: MJ(AM +2):%.(1+3j _r

ABCD.A'B'C'D' 2 AAI CC' 2 3 12
.
Vay: V =—V.
dY: VAscD.MNPQ 12
Cau 10. Cho hinh hop ABCD.A'B'C'D’ ¢6 thé tich V . Cac diém M, N, P, Q trén cac canh AA', BB', CC'
AM BN P , , , .
sao cho =X, =y, c =z. Mat phang (&) qua ba diem M, N, P cat canh DD’ tai Q
AA' BB’ CccC’

sao cho % =t. Tinh thé tich cua khdi da dién ABCD.MNPQ ..

3(X+y+z+t 3(X+y+z+t
A. VABCD.MNPQ = ( 4 )V . B. VABCD.MNPQ = ( ) )V
X+y+z+t X+Yy+2z+t
C. VABCD.MNPQ = TV . D. VABCD.MNPQ = TV .
Loi giai
Chon D

Ta c6 tir gide MNPQ 12 hinh binh hanh.

Goi E, F lan luot Ia giao diém ctia AC va BD; MP va NQ.

Khi d6 AMPC, BNQD la cac hinh thang nén BN + DQ = AM +CP =2EF hay cox+z=y+t.
X+Z X+Z _ X+y+1

. y y
Taco VABC.MNP :VN.ABC +VN.ACPM = EVABC.A'B’C’ +TVABC.A'B’C’ = EV + 6 \ 6 V.
X+zZ+t
Tuwong tw ta ¢6 Vyep wpo = %V .
, X+Yy+2 X+Z+t 2X+2Z+Yy+t
Do d6 Vageo.meq = Vasceme +Vacompq = 6 V+ 6 V= 5 V.
B 4x+4z+2y+2tv 3 +3z+(x+ z)+2y+2tv  3x+32 +(y+t)+2y+2tv
12 - 12 - 12
_ 3x+32+3y+3tv _ X+ y+z+tV .
12 4
R X+y+z+t
Vay Vagcomeg =V -

4

."...H - %MW//WWW%/W
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Chuyen & Tl s6the tich Gung 63/ 7.5

Cau 11. Cho khéi hop ABCD.A'B'C'D’ ¢6 AC' =4a va BAD =60°, AAD = AAB =120° . Biét tat ca cac
canh cua khéi hop bang nhau. Tinh thé tich V ciia khbi chop da cho.

A. V:§a3. B.V=""a C.V =16a°. D.V =32a°.

Léi giai

Chon C

Goi x 1a do dai canh caa khéi hop. Theo qui tic hinh hop ta c6

AC'=\AC" = |(AB + AD + AR = [AB" + AD? + AA” + 2(ABAD + AD' AN + ANAB)

:\/3x2+2(%x2—%x2—%x2j:\/2x2 —da=x=22a.
3
2 2 2 3 2\/§a
PN W RN EY B G
| 2)\ 2)\ 2) \2 2 2) 2 2

Cau12. Cho khdéi hop ABCD.A'B'C'D' ¢6 ABD 1a tam giac déu canh a. Cac mat phang
(ADD'A’),(ABB'A’),( A'BD) ciing tao véi mat phang day cac géc bang 60°va hinh chiéu vudng goc

cua A’ 1én mat phang day nam khéc phia véi diém A so voi duong thang BD. Tinh thé tich V cua

khéi chop da cho.
3 3 3 3
A 3VE g &3 . &3 p, 383
4 4 12 2
Loi gidi

Gido vien: Nguyér Hoang Viet

B 0905793688



Chuyen dé: °T{ st thé tich %//y oS5
Chon A
6p(p—b)(p—c)tana 3aaa [z 3a NE]
Taco V= 6VAABD 3 = 755 4

Céu 13.

THAY VIET

Cho hinh chép S-ABCD ¢6 thé tich V va day ABCD 13 hinh binh hanh. Mt phing qua A va trung
diém N canh SC cic canh SB, SD 1in luot tai M, P. Tinh thé tich nhé nhit cia khdi chop
S.AMNP

AL B. & v p. L.
8 8 4 3
Loi giai
Chon D

BatX—SA 1,y
SA
1 1 1 1
=t &
X z y t
1 1 1 11 1 1 3
Do do V. Xyzt| —+—+—=+= |V =—(3+3)yt.1.=V =—ytV .
S AMNP = 4y(x e ] 4( )y V=2V
. +t 2«/t 4 V
Ma yt:yTZ 3y :>ytZ§ :VS.AMNP ZE
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Gung 65/75

Cau 14. Cho khéi hop ABCD.A'B'C'D’ c6 thé tich V . Mit phiang qua A, M 13 trung diém canh CC' cit cac
canh BB’, DD’ lan luot tai P, Q. Tinh thé tich khdi cta khéi da dién ABCD.PMQ.

N B. L. c ¥ p. L.
4 2 4 8
Loi giai
Chon C

Tacéx:ﬁ:01y E CM l,t DQ

X 1 1
= , L= = = va X+z=y+t=0+=-=—.
AA’ BB’ cc' 2 DD’ 2 2
O+1+l
. X+t+z+t 2720V
D0 d6 Viseco g =~V = iZVZZ'

Cau 15. Cho hinh chép S.ABC c¢6 ASB=BSC =CSA=30° va SA=SB=SC =a. Mit phang (P) qua A cit

hai canh SB, SC lan lugt tai B’, C’ sao cho chu vi tam gidc AB'C’ nhé nhét. Goi V,, V, lan luot 14

thé tich cac khdi chop S.AB'C’, S.ABC. Tinh ti s \%
2
Aoz oz, B YA_f5-1. c. Y425 D. 7.1,
VZ V2 V2 V2
Loi gial
Chon C
p
bat x:ﬁ; y:SC .Taco ﬁzxy.
SB sC

2
Theo dinh li ham cosin ta duogc

AB' =+/a? + a®x? —3a%x; AC'= \/a2 +a’y?—/3a’y; B'C' = \/azx2 +a?y? —f3a’xy .
Khi @6 chu vi cia AAB'C’ la

2p=1/a? +a’x? —3a’x +\/a2 +a’y® —/3a’y +\/a2x2 +a%y® —/3a’xy
:a[\/x2 —\/§x+1+\/y2 —J§y+1+\/x2 +y° —\/§xy}

Gido viér: e/l@t%m~ e%a/ny' YViel —
| | ' B 0905793688
e %MW//WWW%/W




Chuyen dé: °T{ st thé tich @aﬁ/y 68/ 0.5

=a| x> —Bx+1+Vx2 x+1}=a.f(x)2a.f( 3—1)=a\/§.

N
|
<
\_/N
+
N~
;/N
_J’_
%
<
|
N[ &
>
;/N
_J’_
7\
N |~
>
¥__/N
+
>
N
|
I
x
_l’_
H

ol
|
oG
b3

+ N
/N
+
N |-
NEalby
+
><l\)
|
@
+
H

Déu béng dattai x=

Khi d6 \%:(\/5—1)24—2\/5

2

Cau 16. Cho hinh chép S.ABC c¢6 ASB=30°,BSC =CSA=60° va SA=SB=SC=a. Mit phang (P) qua
A cit SB,SC lan luot tai B',C’ sao cho chu vi tam giac AB'C’ nho nhét. Goi V,,V, lan luot 1a thé

Loy , Y/
tich cac khoi chép S.AB'C’,S.ABC . Tinh ti so V—l

2

AV - V _
=335, 5 285 C. L=4-23. o Vi_33-2
V Vv, 2 V. Vv, 2

Loi giai
Chon B
! ! V
I—)tx—SB ,y:£ ta cO — = Xy va theo dinh Ii ham sé césin ta co:
SB SC V.

2

AB' = \/a2 +a?x? —+[3a’x, AC’' = \/az +a’y?’—a’y, B'C'= \/azxz +a’y?—a’xy .
Khi d6 chu vi tam giac la:
2p=+/a? +a’x? —/3a’x +\/a +a2y? —aly +.a’x? +aty? —a’xy

e ]
S BACR R

2 2 2

2
>al\Xx —«/_x+l+\/ x—%) + j

=af (x)>af (@]:

1
- SX-y -1
N3-1 . 2 321’y:2_\/§.

o

Dau 7= dat tai x = VA X = = X=

2 1
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Cau 17.

Céau 18.

THAY VIET

J3-1 f
Khldo\\jz ; (2 J§) 3W3-5

2

Cho ti dién ABCD c6 thé tich V . Cac diém M, N, P lan luot thudc cac canh AB, AC,BD thoa man

AM L AN _BP _2 Goi S 1a giao diém cia AD vamit phing (MNP). Tinh thé tich khdi ta
AB 2 AC BD 3

dién AMNS .
A.EV. B.\L. C.§V. D.\L
3 3 4 4
Loi giai
Chon A

\ °

Trong mit phing (ABD) goi S=MPNAD. Trong mit phang (ACD) 201 Q=SNNCD

Tacod MAES_D =1=1.2- S_D=1:>S_D=£.
MB PD SA SA SA 2
bodsy,, AM AN AS. 12, 2,
' AB AC AD 2 3 3
Chon A.

Cho khéi chép S.ABC c6 SA=6,5B=2,SC =4, AB =210 va ASB=90°, BSC =60°, ASC =120°.
Mit phang (P) qua B va trung diém N cua SC, vudng goc véi mat phang (SAC) cét canh SA tai

M . Tinh ti s thé tich Vsmen .

S.ABC

A.g. B.g. C. —. D.
9 5

NG

Chon C

B 0905193688



Chuyen dé: °T{ st thé tich @aﬁ/y 685/ 0.5

Dt k=M 506 Vo _SM SN _ 1
. SA Voaee SA 'sc 2

Cac goc ASB =90°,BSC =60°, ASC =120°.
oo [=8pl=2fd-
bat SA=a,SB=b,SC = " o - :
ab=0,ch=4ac=-12
Vi (BMN)_L(SAC) nénké BH L MN (H eMN)=BH L(SAC) va ta c6 biéu dién vécto cho ba
diém M,H,N thfmg hang:
BH = XBM -+ (1-X) BN = x(SM - 58+ (1-x)(SN - S8 ) =hra—b +_c.
Giai diéu kién vudng goc ta co

k =

kxa—b+-—=c|=0
BHSA 0 _ ( 2 ) - 36kx —0—6(1— x)=0
~12kx—4+8(1-x)=0

ooIH Wk

Cau 19. Cho hinh chép S.ABC c¢6 M, N lan luot 1a trung diém cac canh SB,SC . Goi V, la thé tich khéi chop

S.AMN va V, Ia thé tich khéi chép ABCNM . Tinh ti s “2 |

2

A.£=4. B.ﬁ=3. C.ﬁzl. D.ﬁzl.
) V V, 3 VvV, 4
Loi giai
Chon C
Gicio viére. .-C/I/Wm; C%W‘ YViel
e ' B 0905793688
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Chuyén Tl the tich Gung 6975

Cau 20.

Céau 21.

THAY VIET

c
v os Vi _ v, 1
Taco =+ i_t
v v, 3
Cho hinh chép S.ABC c¢6 day ABC la tam giac déu canh a, canh bén SA vudng goc véi mat phang
day (ABC). Goi H,K lan luot 1a hinh chiéu vudng goc cua A Ién SB,SC. Goi V, la thé tich khéi
chép S-AHK va v, 1a thé tich khdi chop ABCKH  Biét \%:f—; Tinh thé tich V' cua khdi chop
2
S.ABC
3 3 3 3
Ay=EV gy =23 cv 3N p.v =&Y
4 6 4 2
Loi giai
Chon A
s
K
/
AJ c
B
Taco v = 8l = \i 81 81
vV, 19 V 81+19 100
2 2 4
Mit khc V1 SH SK SA2 SA SA - 81 . SA—3a.
V SB'SC SB? SC? (sA2+a2) 100
1 2\/_ a3\/‘
Vivay V ==SAS 3a
P E g e T T T T Y

Cho hinh chép S.ABC c6 day ABC la tam giac déu canh bang 1, mat bén SAB la mot tam gi4c can
tai S va ndm trong mat phing vudng goc véi mat phing day (ABC). Goi H 2 hinh chiéu vudng goc

cua Alén SC. Biét Vswe :E.Tl’nh thé tich V caa khdi chép S.ABC.

S.ABC

B 0905193688



Chuyén Tl the tich Gung v/ .5

A V3 g 3 c ¥ p. 3

12 6 4 2

Loi giai

Chon B

. .2 3 . |SC L AH
Go|01aumgd@n1AB,mcoSOJ(ABC)va :>SC1(AHBy:SC_LOH.

SC L AB
2 2 2
Suyra:\i=SH:SOZ= ZSO > = 503=E:>30=2_
V SC SC SO°+0C SOZ+Z

Vivay: V :lSO.dt(ABC):l.Z.E:E.
3 3 4 6

Cau 22. Cho hinh chép S.ABCD c6 d¢ay ABCD Ia hinh binh hanh va c6 thé tich bang V . Goi M, N, P lan
luot 13 cac diém trén cac canh SA, SB,SC sao cho S—MZE,S—NZE,S—P:E. Mit phang (MNP) cét
SA 2'SB 3'SC 3
canh SD tai diém Q. Tinh thé tich khdi da dién ABCD.MNPQ .

A. iV. B. EV. C. §V. D. ﬁv.
63 63 63 63
Lai giai
Chon D

B 0905793688




Chuyen dé: °T{ st thé tich @%/7/ Y /4. 23

Cau 23.

Datx:s_zl’y:ﬁzz,2=£=1’t SQ
SA 2 SB 3 SC 3 SD-
SA SC SB SOb 11 1 1
"SM'SQ SN SP x 't y 2
5 1 1 5
Vay Vs unpg =Vsue +Vspmg = XYZ EV TV = EXZ(Y+'[) = &V
5 58V
SuyraV =[1-—"|V =
y ABCD.MNPQ ( ng 63

Cho hinh chép S.ABCD c6 day ABCD la mot tir giac 16i. Trén canh SA lay diém M sao cho
%=% M3t phang () song song véi mét phang (ABCD) va qua M chia khdi chdp thanh hai

khéi da dién. Néu thé tich khdi da dién chira dinh A 1a 100 dm? thi thé tich cua khéi da dién con lai

1a?
A 22 (am?). 8.2 %(am). ¢ X2(m). b 22(dm).
7 37 27 64
Loi giai
Chon B
Gido vien: Nguyér Hoang Viet —
e ' B 0905793688

Wobsile: hiffs) luyenthitsacnghiomivn
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Goi N,P,Q lan luot la giao diém cua mat phang () va céc canh SB,SC,SD.

2
Taco: dt(MNpQ):@ dt(ABCD) =2 dt(ABCD) va ko(S,MNPQ) = Sko(s, ABCD).

Suy ra: Vs e =%kc(8, MNPQ)dt(MNPQ)=%.%dt(ANBCD).%kc(S,ABCD)=§VS_ABCD.
V

Vay: —smwe 27 =ﬁ:>vS_MNPQ=£.100=@(dm3).
Viecomeo 64-27 37 3 37

Cau 24. Cho khdi chép S.ABCD c6 ddy 1a hinh chit nhat, AB=+/3a, AD=a,SA vudng géc voi day va
SA=a. Mit phang () qua A vudng goc véi SC cit SB,SC,SD lan luot M,N,P . Tinh thé tich
khdi chop S.AMNP.

3 3 3 3
A. 33a . B. V3a . C. V3a . D. V3a .
40 40 10 30
Loi gidi
Chon B

Gicio viére. .-Jl@z%m~ e%m@y‘ YVied —
\ | ' B 0905793688
) Emrp—— MUebsile: W//h%m/kphavny//&mm




Chuyen dé: °T{ st thé tich @7&/7/ V374 2

Taco SCJ_(a):>SCJ_AM,SCJ_AN,SCJ_AP.
Mat khac: CBJ_(SAB):>AM 1CB=AM 1 (SBC)= AM L SB.
Tuong tw AP 1L SD.

Jaa®

3
SM ( SA a? 1

Tinh cac ty so: X—%—l'y—— - 2— _=.
YT AT g\ sB) Ta?+3a? 4’

ﬂ(%j a’ __z-t_i_[&]i a’ 1
sc \sc a’+3a’+a> 5 SD (SD a?+a®> 2

3
Vay Vs ame :M(l+l+l+]—'j :\/éa

Thé tich khéi chép ban dau 1a V = %ﬁaza =

<

4 \x y z t 40
Cau25. Cho khoi chop S.ABCD c¢6 thé tich V va c6 day la hinh binh hanh. Piém S' théa mén
SS*=kDC (k > 0). Biét thé tich phan chung cua hai khéi chop S.ABCD va S'.ABCD la zlsv . Tim

K.

A. k=9. B. k=6 . C. k=11. D. k=4.
Loi giai

Chon D

Taco AB//CD//SS'=B'=S'AnSB,C'=S'DNSC.

B'S C'S SS' SB' SC' k

B'B C'D DC SB SC k+1
SA_,,_SB'_k __sC'__k . _SD_,

Suyrataco: x=—=1y= = 1= = t=—=1.
SA SB  k+1 SC k+1 SD

Theo Ta lét ta co:

@\ Gido vien: Nguyin Hoang Vicl —
| J ' B 0905793688
ey MUebsile: W//h%m%phavny//wwwm




Chuyen & Tl s6the tich Gung /w5

Céu 26.

Céau 27.

THAY VIET

Vay ta c6: Vg = =11 —— %+%+

k k
k+1 k+

N
H

Suy ra thé tich phan chung la:

, k?(2k +1) 7
V' =V -V, poep =| 1-—— 2V =V o k=4,
2k (k +1) 25

Khéi hop ABCD.A'B'C'D’ c6 tit ca cac mit 1a cac hinh thoi canh a, cac goc xudt phat tir dinh A déu
bang 60°. Tinh thé tich V ctia khdi hop da cho.

3 3 3 3
A.V=‘/§a. B.V=*/§a. C.V=‘/§a. D.V=‘/§a.
3 6 2 6
Loi giai
ChenC

.t
-----
..........
"""
....

AB=AD=AA=a

Taco 1
cos BAD =cos A'/AD =cos A’AB = >

2 2 3
TacoV =6V, g =a° 1+2.1.1.£— I :\/Ea .
‘ 222 \2 2 2 2
Khéi hop ABCD.AB'C'D’ c6 tit ca cac miat 1a cac hinh thoi canh a, cic goc BAD =60°,.
A'AB = A'AD =120°. Tinh thé tich V cua khéi hop di cho.

N

3 3 , 3
Ay o2 gy Y3 S N
Loi giai
ChenC
SR
Gidio vion: Nyayén Hoing Viol =
e . @ 0905793688

Wobsile: hiffs) luyenthitsacnghiomivn



Chuyén Tl the tich Gung 75775

AB=AD=AA=a

Taco 1 1
cos BAD = > :cos A'’AD =cos A’AB = -5

2 2 2 3
Taco V =6V, o =a° 1+2.1.(—1j.(-1j—(1J —(—lj —(-lj _a’
- 272\ 72)7\2 2 2 2

Cau 28. Cho hinh chép tir gidc déu S.ABCD. Mit phing (P) qua A vudng goc véi SC cat SB,SC,SD lan

luot tai B',C’,D’ va %:% Goi V'V lan luot 1a thé tich cua khéi chop S.AB'C'D’ va S.ABCD.

!

Tinh ti sb v
v

A2 B. Y -2, c. V.t p. V-2,

vV 9 vV 9 vV 3 vV 3
Loi gidi

Chon C

Goi O=ACNBD
Také AC' LSC tai C', goi H'=AC’'nSO.
Theo gia thiét BD L (SAC)=>BD L SC = BD//(P)

Vay (P)~(SBD)=BD'//BD va 285' _SDT_SH

= H' la trong tdm tam giac SBD do do C' la

, SO
trung di€ém canh SC
. , SA SB" 2 _ SC'" 1., SD' 2
Vaytacod X= =ly= =—,2=——=—,t= ==
SA' SB 3 sc 2° sb 3
Do do \L=i2t 1+1+1+} =£.
\Y 4 \x y z t) 3
Cau 29. Cho hinh chép tir gide déu S.ABCD. Mt phing (P) qua A vudng goc véi SC cit SB,SC,SD lan
luot tai B',C’',D’ va AB =a;%=§. Tinh thé tich V cta khdi chop S.AB'C'D’.
3 3 3 3
Ay Y6 g,y - Y62’ cy-xa e
18 27 27 9
Loi giai
Chon A

B 0905793688




Chuyen dé: °T{ st thé tich @%/7/ BI05

Céau 30.

Goi O=ACNBD

Takée AC' L SC tai C', goi H'=AC'nSO.

Theo gia thiét BD L (SAC)=BD L SC = BD//(P)

SB'_SD'_SH :g:> H' la trong tam tam giac SBD do d6 C’
SB SD SO 3

Vay (P)n(SBD)=B'D'//BD va

1a trung diém canh SC
_SB'_2, sC'_1,

B _SD" 2
SC 2 SO 3

Vaytacod X= S =1y

sav 'S 3
Dodsv =21 1 1.1 1,
4 (x y z t 3

Tam gi4c can SAC ¢6 AC’' L SC tai trung diém SC do d6 no 1a tam giac déu.

2 3
Vay SA:Asz/Ea:h;,/Zaz—a?:ﬁjvozlazlﬁ:\/éa

2 32 6
J6a’

18
Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh, thé tich V . Goi P 1a trung diém canh SC .

Vay V =

> . \ . SM . s
Mot mat phang chita AP cat cac canh SB,SD lan lugt tai M,N . Tinh ti s SS_B biét thé tich cua

khéi chop S.AMNP bing %v .

SM_3 5, M9 c.M_3 p.M_3
SB 4 SB 7 SB 5 SB 8
Loi gidi
Chon B

Gido viér: e/lfyt%m~ . %a/ny YVied

B 0905793688
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Cau 31.

A
Goi O=ACNBD; H'=AC'nSO.

V('yix:SA:l,y:S—Me[O;l],z:S—le,t:S—N

SA' SB SC 2 SD
Taco 1+£=1+1<:>1+2=1+}<:>t=i (l< y<1j

X z y t y t 3y—-1 13

2
Dodo Ve = Y21 1 1y o3
4 (x y z t 4(3y-1)
2
Theo gia thiét ta c6 phuong trinh 3LV=£V<:>y=§(1<y<lj.
4(3y-1) 56 73

Cho hinh chép S.ABCD c6 day ABCD 1a hinh chir nhat véi AB=a,AD =b va canh bén SA=c
vuong goc voi mat day (ABCD). Goi M 1a mot diém trén canh SA sao cho AM = x (0 <X < C).
Tim x dé mit phang (MBC) chia khdi chép da cho thanh hai khéi da dién c6 thé tich bang nhau.
(2—J§)ab (3—\/5)0 (Jg—l)ab

A X=—- B.x=—~2 . C.x=—Z%2_ . D. x=
2 2C 2 2C

Qua M ké dudng thing song song véi AD cit SD tai N . Khi d6 (MBC) cét hinh chép theo thiét
dién 1a hinh thang vuong MNCB tai M va B.
(SM _SN _c—x _ Vougc _SM SB SC_SM _c—x

SA SD ¢ V... SASB'SC SA ¢

Gicio viére. .-C/I/Wm”' C%W‘ YViel —
' B 0905793688
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Cau 32.

Cau 33.

THAY VIET

2
Lai c6: Mzﬁﬁgzﬁﬁz(ﬂj
Vs apc SA SD SC SA SD c
(c=x)’
:>VS.MNC ZTVS.ABCD'
2 2 2
. c-x  (c—x) 1| ¢® —cx+(c—x)
Do dé VS.MNBC_L 2 + 202 JVS.ABCD_E[ oc? Vs Ao

c? —cx+(c—x)2
CZ

Tir gia thiét suy ra: =l x?-3cx+c2=0=>x=

Cho hinh hop ABCD.A'B'C'D’ ¢6 M,N,P lan luot 1a trung diém ba canh A'B’,BB’,DD’. Mit phang
(MNP) cit AA’ tai | . Biét thé tich khéi te dién IANP 1a Vv . Tinh thé tich khéi hop.

A BV . B. 12V . C. 4. D. V.
Loi giai

Chon C

Mat phiang (MNP) cdt A'D’ tai Q theo tinh chat giao tuyén ta c6 MQ//NP. Do dé IA'=BN va
M,Q lan luot 1a trung diém cac doan IN, IP

s A IM 1Q 1
Khi do: VIA'MQ ZEWI—PV QVIA'MQ :EV .
A 1 oM 1 1 ' 1 1
Ta c: Vo = §.d (1,(AB'C'D")).S o = 5.Ed (A ,(ABCD)).gsABCD =25 Vaeco weco:
e 1 1
Ttr d6 suy ra: 4—8.\/ABCD_A,B,C,D. = EV < Vogep asen =4V .

Cho hinh chép tir gidc déu S.ABCD. Goi H 1 hinh hop chit nhat c¢6 bén dinh 14 bon trung diém cua
cac canh bén SA, SB,SC,SD va bon dinh con lai nam trong day ABCD. Biét thé tich khoi hop H 1a
V . Tinh thé tich ctia khdi hop di cho.

A.ﬂ. B. 2V. C.ﬁ. D. 6V.
3 3
Loi giai
Chon C

B 0905793688
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aAaTrT-T— =

.- -
o

Goi cac diem nhu hinh vé.

, o1 1 3

Taco V =Sy ypq MM’ = Sypc - d (S.(ABCD))= g Vs
8

Suy ra Vg xgep =§V .

Cau 34. Cho khéi lang tru ABC.A'B'C’ c6 thé tich V . Hai mit phing (ACB') va (BA'C’) chia khoi lang tru

da cho thanh bbn phan. Tinh thé tich ctia phan c6 thé tich 16n nhat

AL
2

Chon C

Hai mit phang (ACB’) va (BA'C') chia khdi ling tru thanh cdc khéi B'MBN , MNCC'A'A, MNBCA,

MNB'CA'.
Trong d6 Voo = 0 !V| ) B’B ) B,N = E = Vewen = lVB'ABc = iv .
Vg asc B'A BB BC 4 4 12
3 1

Suy ra Viyneewa =Venee ~Vewen = ZVB'ABC = ZV .
Twong r, Vywe =Veroo Voo = 2V — 2y = Ly

g U, Vineac: = Veasc — Vemne' 3 12 20

. 1 1 1 5
Do d6 Viynecwn =V —Vemen —Vuncenn —Vunsac: = (1_ T Z)V "1

B 0905793688
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Cau 35.

Cau 36.

THAY VIET

Cho hinh chép S.ABCD c¢6 d¢ay ABCD la hinh thang véi AB//CD va CD=4AB. Goi M 1a mot
diém trén canh SA sao cho 0< AM < SA. Tim ti sd % sao cho mét phang (CDM ) chia khdi chop

thanh hai khdi da dién co thé tich bang nhau.

A SM_-3+4418 o SM _-4+4426 . SM _-3+V17 SM _—4+.23

"sA 2 "SA 2 ' T'sa 2 7 TsA 2
Loi giai

Chon B

S

T M ké dudng thang song song v6i AB, cit SB tai N . Khi d6 mét phang (CDM ) chia khéi chép
thanh hai khoi da dién S.CMND,CMNDBA.

SA SB
V. S AD 4 1
TacH —S-ABC — ZADC _ =4=YV =—V WV =2V, .
sasc S AB S.ADC ' VS.ABCD? VS.ABC T - 'S.ABCD

1.V SM 4x
Mat khac —3MCR — a :>V5MCD = ?VS.ABCD :

SACD

Voue _SM SN _ 1, X2

X :>VSMNC = _VSABC'

V.. SA SB

« 4x X V
Vay Vgunen = [? + _jVS.ABCD _ s.;sco .

5
B —4+/26
—

Cho hinh chép S.ABC c6 thé tich V . Liy hai diém M, N lan luot ndm trén hai canh SA, SB sao cho

SM_1SN_2 M3t phing () qua MN va song song véi SC chia khoi chép S.ABC thanh hai

4x+x* 1
Suy ra =—=X
5 2

SA 3'SB 3
khéi da dién. Tinh thé tich cua khdi da dién c6 thé tich 16n hon.
A Y B c. ¥ p. V.
6 8 9 12
Léi gidi
Chon C

B 0905793688
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Kéo dai MN cat AB tai | . Ké MD//SC, ID cit BC tai E.
Ta c6 tir gidc MNED 1a thiét dién cua hinh chép véi mit phing (a).

Trong tam gidc SAB taco E.E.ﬁﬂ:E:A
MA IB NS IB

bodo Ve _AM AD AL 224 16,

Vosce AS AC AB 333 ' 27
Mitkhi Vee (BN IE 111 1, 1,

a0 A IM ID 422 ' 16 ~ 27
16 1 5

Do do V | =_— = |lv=2vV.
0 dO Vamp.BNE (27 27) 9

Cau 37. Cho hinh chép S.ABC. Ly hai diém M,N lan luwot nim trén hai canh SA,SB sao cho

%z%,%= x . Mt phang () qua MN va song song véi SC chia khéi chop S.ABC thanh hai
khdi da dién c6 thé tich bang nhau. Tim X .
A.x:ﬁ. B.x=8_\/1_0. C.x=ﬂ. D.x:8_J1_0.
3 6 6 9
Loi giai
Chon B.

Gido viér: e/l@t%m~ e%a/ny' YVied
e MUebsile: W//h%mf/whavny/wwwm

B 0905793688
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Céau 38.

THAY VIET

Kéo dai MN cat AB tai | . Ké MD//SC, ID cit BC tai E.
Ta c6 tir gidc MNED 1a thiét dién cua hinh chép véi mit phing (a).

Trong tam gidc SAB ta co E.E.ﬁﬂ:E:ﬁ.
MA IB NS IB 1-x
Dodo Vau JAM AD AL _22 2x o Bx
Vosew AS AC AB 3 3 1-x ‘ 9(3x-1)
3(1-x
Trong tam gidc AMI cé S—M.ﬁ.%:lz NI = ( )
SA NM BI NM 3x-1
2 3
—x | 3(1-x 1-x
Dodo Ve 1B IN IE _1-x |31\ (=),
Viao A IM ID  2x 2 ' 3x-1
1-x)° 1-x)’ —
Suy ra Vo ene = o _( ) V=EV<:> 8 —( )=E<:>X:8 V10
' 9(3x-1) 3x-1 2 9(3x-1) 3x-1 2 6

Cho khéi lap phuong ABCD.A'B'C'D’ ¢6 thé tich bang V . Goi E,F lan luot 14 trung diém cua cac
canh B'C’,C'D’. Mt phang (AEF) chia khdi lap phuong thanh hai phan. Tinh thé tich cua phan c6
thé tich nho hon.

A g 2 c. V. p. N
8 72 16 32
Loi giai
Chon B.
Gicio viére. .-C/VWWA" C%W‘ YViel —
e ' B 0905793688
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G
D/ __,il __________ F . Cl
) I I%l /// //,/
A ’l’: //’ L ,Bf H
S = O C
A B
A ! 1 N\ ! 1 N\ !’ 1 ! !’ 1 !
Taco: DG=-D'A,B'H==-B'A,BK==-B'B,D'l =-D'D.
2 2 3 3
\ 9 3
Va Suue = 4 Sasco = Vaciw =5V -
8 8
5 111 1 3 1 25
Ma Vegik =Voron = 5575V =55V = Ve =| 5722 [V =5,
3212 72 8 36 72

Cau 39. Cho hinh chép S.ABCD c6 day co day ABCD la hinh binh hanh va thé tich bang V . Goi M,N lan

luot 1a cac diém di dong trén cac canh AB, AD sao cho %+2% =4 . Goi V' =V 4y - TIM gid tri

nho nhat cua V'.
1 1 1

A =V. B. V. C.=V.
4 6 8

O
Wl
<

Loi giai

Chon A.

B 0905793688
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Cau 40.

Céau 41.

THAY VIET

Co

2
VS.AMN:VS.AMN ZE_AM_ANZEXy:V':EXyV: X V= V(4X -1+ 1 +2j2\i.
Vomen Nsap 2 AB AD 2 2 4x-1 16 4x-1 4

Cho hinh chép S.ABCD c6 day c6 day ABCD la hinh binh hanh va thé tich bang V . Goi M,N lan

luot 1a cac diém di dong trén cac canh AB, AD sao cho % 2% =4.Goi V' =V jygepon - TIM gid

tri lén nhat cua V.
1

A. =V. B.
4

V. C.§V. D.1
4 3

wlN
|
<

Léi giai

Chon C.

.. AM AN 1 2 2X
bit —=X,—=y=>—+—=4=y= .
AB AD Xy 4x -1
Co
VS.MBCDN =1- VS.AMN =1- VS.AMN =1- 1 AM ﬂ _1_1 Xy :>V’ — (1_1ijv — (1_ X2 JV
VS.ABCD VS.ABCD 2VS.ABD 2 B D 2 2

=V —i(4x—1+ 1 +2j£ﬂ.
16

4x-1 4
Cho khéi tir dién déu ABCD c¢6 canh bang a. Goi M, N lan luot 14 trung diém cac canh AB,BC va
E 1a diém ddi xtng v6i B qua D . Mat phang (MNE) chia khoi tir dién ABCD thanh hai khoi da
dién, trong d6 khéi da dién chira dinh A c6 thé tich V. Tinh V

3 3 3 3
vy o l3V2a By - 2 c vy Dy 12
216 216 18 216
Loi giai
Chon D
Gicio viére. .-C/I/Wm”" C%W‘ YViel
e ' B 0905793688

Wobsile: hiffs) luyenthitsacnghiomivn
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Céau 42.

. J2a°

TacoV,=V =—

0 ABCD 12
D& thiy P,Q latrong tam céc tam giac BEC, ABE = EQ_EP_2

EM EN 3
Ve ED EQ EP 2 7
= Voo EBEMEN 5 Vover ~gVeom
E.BMN
R 1 11 1
Ma Ve gun =V gen = gd (M ’(BEN ))'SABEN = éEd (A’(BCD))'SABDC = EVA.BCD
71, 7 11, 112a°
= Vawoen = 5-5\/0 = EVO = Vawnceq = EVO = 216
Cho khéi tu dién déu ABCD c6 canh bang a. Goi M, N lan luot 1a trung diém cac canh AB, AC sao
cho %z%,%z 2 . Matt phang () chra MN , song song véi AD  chia khéi tir dién ABCD
thanh hai khdi da dién, trong d6 khdi da dién chira dinh A ¢6 thé tich V . Tinh V
3 3 3 3
ay =2 g v =5V cy o H2 D,y =12
108 108 81 342
Loi giai
Chon A
Gidio vicr: Nguyén Hoang Vil —
e ' B 0905793688

Wobsile: hiffs) luyenthitsacnghiomivn
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Gung 5/ 7.5

] J2a°
Ta CO: VO :VABCD = T

D@ thiy BC,MN, PQ dong quy tai S

Ap dung dinh 1i Ménélauyt cho AABC véi M, N,P thang hang, suy ra 2—(8: 3‘1

L Veoe (SCSN P 111 1, 15,
VS.BMQ SBSM SQ 422 16 16 ~
N BS BM BQ 4 2 2 16
Ma VS.BMQ :Eﬁﬁ A.BCD :§'§'§VA.BCD :EVA.BCD
15 16,, 5 4. 42a°
:VBMQPNC = E-Evo = §Vo :>VADQPNM = 5 0~ 108

Cau 43.

Cho khéi tir dién déu ABCD c¢6 canh bang a. Goi M, N lan luot 14 trung diém cac canh AB,BC va

E 1a diém thudc tia ddi cua tia DB sao cho % =k. Tim k dé mat phang (MNE) chia khéi ttr dién

\ . Z. A , £. A , , L LR ar 11\/5&3
ABCD thanh hai khoi da dién, trong d6 khoi da dién chira dinh B c0 thé tich V = on

A.k:g. B. k=6. C. k=4 D. k=5.

Loi giai
Chgon C

Gido viér: e/l@t%m~ e%a/ny' YViel —
| | ' B 0905793688
e %MW//WWW%/W




Chuyen dé: °T{ st thé tich %/7 SIS

3
Thé tich ctia khoi t dién déu ABCD la w;%.
BM BN BE 11 k
= —— —V, ==.2.kV, ==V
"N BA BC BD ° 22 ° 4°
Theo Thales ta c6
EP EQ k-1 2(k-1) EP EQ ED ED 4k -1)° k-1 k
= = = = Veppg = ) ) ) BMNE — 7 12 1, 4 V0
EN EM (k_1)+1 2k -1 EN EM EM EB (2k-1)> k 4
2
, k., 4k-17 k-1k k 4k -1)°
Do d6 V =—V, - — =V, ==V |[1-——— |,
BMNPQ 470 (2k-1)?" k 40 4 °( k(2k —1)?
N ; 22 k 4k-1° ) 22
Theo gia thiéttaco V =—V, -V, |[l-——— |=—V < k=4.
g B.MNPDQ 49 0 4 0( k(2k—1)2] 49

CAu 44. Cho hinh lang try dang ABC.A'B'C’ ¢6 thé tich V . Cac diém M,N,P trén cac canh AA',BB’,CC'
AM 1 BN CP 2

sao cho ==, = == . Tinh thé tich caa khdi da dién ABC.MNP
AA 2'BB’ CC' 3
A. gv. B. 3v. C. Ev. D. Ev.
3 16 27 18
Loi gidi
Chen D
Gidio vier: Nguyén Hoang Viel

B 0905793688
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Céau 45.

THAY VIET

Al B'

Taco VABC.MNP =VM.ABC +VM.BCPN .

Trong d6 V,, sec = %d (M,(ABC)).S ec = %v :

S BP +CN 22 4
V = —BCPN \/ | = ———— w=—.—V ==V .
M .BCPN S,cn M.BCCB T BRI Q! ABCCE T 3°3 9
R 1 4 11
Vay Vsc e = (g"‘ §JV = EV

Cho hinh chép S.ABCD c6 déy la hinh binh hanh va c6 thé tich V . Goi M 1a trung diém cua SB,
P la diém thuoc canh SD sao cho SP=2DP . Mit phang (AMP) cit canh SC tai N . Tinh thé tich

cua khéi da dién ABCDMNP theo V .

23 19 2 7
A Vagcome :%V 9 B. Vascomne :%V . C.Vscome = EV . D. —V.

30

Léi giai

Goi O latam cua hinh binh hanh ABCD. Goi | =MP SO = N = Al nSC..
Taco

Gidcio viére: JVWW; . %a/ng/ YVied

B 0905793688



Chuyen dé: °T{ st thé tich

Céau 46.

THAY VIET

Gung 59/ 7.5
E_S_P SM _ SASPM _ SASPI +SASMl _ SASPI SASMI _ Sl [S_P_'_S_Mj_l S_I
3 SD SB S, S xsos 2S00 25,0 250 SD SB) 12'SO
sl 4
=>—=—.
SO 7
Suy ra
S_N:: SASAN _ SASAI +SASNl _ SASAI SASNI _ Sl + Sl S_NZZ+ES_N .
SC S,c S,cc 25,00 25,0 250 250'SC 7 7°S
SN 2
=>—=—.
sC 5
suy ra Youne _Vour +Vane _ Vour | Voue _ SASMSP  SMSN.SP _ 7
Y, Noso Vescrs 2SASBSD  2SB.SC.SD 30
23
=V =—V.
ABCDMNP 30
Cho khéi chop S.ABC ¢4 tat ca cac canh bang nhau va bang a. Goi M, N lan luot 13 trung diém cua
cac canh AB,SC . Céac diém P,Q trén cac duong thang SA,BN sao cho PQ//CM . Tinh thé tich V
cua khéi chop S.BNP .
3 3 3 3
Ay Y2 B v -2 c.y oYy b,y = Y2
36 72 18 9
Loi giai
Chon B
S
N
P
A C
M
B
e = o= - T P
Pit SA=a,5B=b,SC =c. Taco: CM =SM —SC :—(SA+SB)—SC =—a+=b-=c
2 27 2 2
SP =kSA=ka
va @zmmﬂl—m)@:g&r(l—m)ﬁ.

%:%—S?:—k%(l—m)mgé

Theo gia thiét bai toan ta c6 hai véc to PQ,CM cung phuong, ta co:

B 0905793688



Chuyén Tl the tich Gung 90/75

m
—k5+(1—m)5+mE:n[l§ —B—ch_—kzl_—m:lam:ik=1
2 2 11 2 3 3
2 2
3 3
Dods: v = MNy LRI
SA'SC 32 12 12

cau a7, Cho khdi hop ABCD.A'B'C'D’ ¢ tat ca cac mat déu Ia hinh thoi, AC'=6a,

BAD = A/AD = A’/AB =60°. Tinh thé tich VV cua khéi hop di cho.

A,V =628 B.V =3/2a% C.V =2./3a°. D. V =64/3a°.
Loi giai

Chon D

bit canh cua hinh hdp 1a X.

AB = AD, BAD =60°= ABAD I tam giac déu BD=AB=AD =x.

Tuong tu ta c6 AD=AB=AA=x. Do d6 ttr dién ABDA’ 1a ttr dién déu canh bang X.
Theo quy tic hinh hop ta co: AC’ = AB+ AD + AA

[ . . ___\2 - Y
— AC'=\AC" :\/(AB+AD+AA' :\/ABZ + AD? + AA” +2(AB.AD+AB.AA’+ AD.AA')

:\/3x2+2@x +;x +2xj x/6 =6a <> x=+/6a.

J2.(\/6a

(1—2)—“ .

Cau 48. Cho hinh chop S.ABCD c thé tich V, ddy 1a hinh binh hanh. Mat phing (&) di qua A, diém M
thudc canh SB thoa man SM =2MB va trong tim G cua tam gidc SAC cit cac canh SC,SD lan
luot tai N, P . Tinh thé tich cua khdi chép S.AMNP .

Do dé: V =6V, s =.

N B. V. c. 2. D.
3 3 9 9
Loi giai
Chon B

.",_,H - %MW//&%M%WW%/W

B 0905193688




Chuyen dé: °T{ st thé tich @aﬁ/y I W5

2

|
\J\,

—
- (OIRN

B C
Tacod AG cit SC tai trung diém N cua SC.
SA SM 2 SN 1 SP .11 11 2
Voi X=—=1,y=—=—,Z=—=—,t=——1aco —+—=—+-=t=—.
SA SB 3 SC 2 SD X z y t 3
Do d6: Vg yune = Xth 1 1 l 1 V—\i Chon B.
4 x y z t 3

Cau 49. Cho hinh chép S.ABCD c6 thé tich V , déy 1a hinh binh hanh tim O. Mat phang (o) diqua A, trung
diém | cua SO cit cac canh SB,SC,SD lan luot tai M, N, P. Tinh thé tich nho nhét caa khdi chop

S.AMNP.
AL B. V. c.v. D. .
18 3 6 8
Loi giai
Chon C
Vi x=%=1,y M =ﬂ,t:£ ta co: E+E:£+} va xét tam gidc SAC taco:
SA SB'° sC SD X z y t

56 = 5(3A+5C) = 251 =3[ Sh+ S 5N | 57— 1 SA+ LW .
2 SI 2 SN 4 z

Matkhacbadlem Al,N thanghang nén %+4i:1<:>22% .
VA
bode: Ll gyl U
y t 11 4t -1
3

\ Gido vien: Nguyér Hoang Viet
\ | ' B 0905793688
| e etsile: hllfo://luyenthitiacngliiem.on




Chuyen dé: °T{ st thé tich %//y 92/ W5

Cau 50.

Cau 51.

o xyzt (11 11 2 (jv
Vivay V. S s it V=1 (t)= =1 6
i Voo =S L Lt =10 01 (3]

Déu bang dat tai t = % y= % . Tirc 1a mt phing (&) di qua trung diém cac canh SB,SD.
Chon C.

Cho khéi tir dién déu ABCD canh a. Goi E la diém d6i xang caa A qua D . Mit phiang qua CE va
vudng goc véi mit phang (ABD) cét canh AB tai diém F . Tinh thé tich V cua khdi tir dién AECF .

3 3 3 3
A.V:\/Ea. gy oY C.y Y2 D.y -2’
30 60 20 15
Loi giai
Chon D

Goi G latrong tam tam gidc ABD = CG L (ABD).
Do d6 : F=EG N AB=(CEF) lamit phang can dung.

Taco: MG _MD _1 = GD//BE = KD:KG:GD:E:Q:
|\/|B |\/|E 3 KB KE BE 3 KD
Vi F,K,E thing hang néntaco : FAKBED | FARL  FA_2
FB KD EA FB 2 FB 3
AF _2_ ., _AF AE J_a _ e’ Chon D.

“AB 5 VT ABAD 5% s
Cho khéi lang tru ABC.A’B'C’ ¢6 chiéu cao bang 8 va day lam tam giac déu canh bang 4.
Goi M,N,P Tan luot 1a trung di€ém cdc canh B'C’,C'A’, A'B’. Thé tich khdi da dién c6 céc
dinhla A,B,C,M,N,P bang
A. 2143, B. 124/3. C. 244/3. D. 83.

Loi giai

Chon D

B 0905793688



Chuyén Tl the tich Gung 93/75

Cau 52.

THAY VIET

Al N C
A
PN M
A C
B
2
Tacs S, == f —4B =V, e =323

Cac hinh chép A.A’NP,B.B'MP,C.C'MN cac hinh chép bang nhau va c6 day la tam giac déu

22J_

cO canh bfang 2=S 0 = \/5 chiéu cao bang 8.
= thé tich Ve = 1 =S, p-8= 8\?{_

= VABCMNP VABCA/B/C’ - A A'MP 32\/_ 8\/_ 24\/_ Chon C

Cho lang tru ABC.A'B'C’ ¢6 chiéu cao la 8 ddy la tam gidc déu canh 6. Goi M, N, P Tan luot
la tAm cac mat bén ABB’A’, ACC'A’,BCC'B’. Thé tich khoi da dién cé cac dinh la cac
diém A, B,C,M,N, P bang

A. 2743 B. 2143 C. 304/3. D. 364/3.

Loi giai

Chon D

Ta co SABC = - 9\/5 = VABC.A’B’C’ = 72\/5

Gido viér: e/l@t%m~ . %a/ny YVied

B 0905193688
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Cau 53.

Cau 54.

THAY VIET

Goi I, K, L Tan luot la trung diém caa AA’, BB',CC’. Tt d6 ta c6:

VABCMNP = VABC.A'B'C’ - VB,KMP - VA.IMN - VC.LPN - VA’B’C’.IKL
14 1
Trong do VA’B’C’.IKL = EVABC.A’B’C’ = 36\/5
V.wr BK BM BP 1 1 11 1
- — . . :_:>V :_V ///:_._.V ///:_.72 3:3 3
VB.B’A’C’ BB BA' BC' 8 B.KMP 8 B.B'A'C 83 ABC.A'B'C 24 \/_ \/_
Ma VB.KMP = VA.IMN = VC.LPN

=V ome = 7233 3343 —=363/3 =273 . Chon A
Cho khéi lang tru ABC.A’B/C’co th€ tich V trén cdc canh AA’,BB’,CC’ Tan luwot 1ay céc

diém M,N,P sao cho AM:%AA’, BNz%BB’, CP:%CC’.Thg tich khoi da dién

ABCMNP bang

A B. 2. c’. p.2%
5 9 2 9
Loi giai
Chon B

BN 2 CpP 1 xyz 4 (o
BB/ 3 CC/ 6 ABC.MNP 3 9 ¥ p

Cho khdi chép S.ABCDc6 ddy ABCD la hinh binh hanh va c6 thé tich bang 1.Goi M, N Tan
lwot 1a cac diém trén cac canh SB,SD sao cho MS= MB,ND =2NS . Mt phéng CMN chia

/ 7

. AM 1
Co x= =—,Y
AA" 2

khdi chép da cho thanh hai phan,thé tich ctia phan c6 thé tich nho hon bang

L2 B. L. c 2 D. 2.
25 12 25 48
Loi giai
Chon D

Gicio viére. .-e/l/g/z%m~ C%W‘ YViel —
' B 0905793688



Gung 95/ 7.5

Chuyen dé: °T{ st thé tich

: SC SM 1 SP SN 1
Tacd x=—=1, y=——==;z=—;t=——=—=va
SC SB 2 SA SD 3
T
x z y t z 4
. e xyzt |1 1 1 1 5 -
Khido6 V. .oy = ~ ;+;+;+; Vi ipep = e .Chon dap an D.

Cho khéi lang tru ABC.A’B'C’ ¢6 thé tich V.Céc diém M, N, E lan luot 1a cac diém nam

Cau 55.
trén canh A'B’, A’C’', ABsao cho MA’=3MB’, NC' =NA’, EB=3EA Mt phang MNE cat
AC tai F. Thé tich khéi da dién 16i BEFCC'MNB' bang
A2y, B. V. c.3v. D. 2y,
72 24 8 72
Loi giai
ChonA
Goi S,h1an lwot 1a dién tich day va chiéu cao cta lang tru
da cho
Co MNE N ABC =EF//MN va AAEF dong
dang v6iAA'MN theo ty s kzﬁleo doé
A'M 3
A'M AN 31, 35 1) 135 S
Sain = 7y iy Va5 =g S T3] S T5 g oy

Do dé ap dung cong thiic thé tich khoi chdp cut ta co

h h| S /S 35 35| 13 13
VAEF‘A’MNZE Saer TS aprSamn T Samy :g ﬂ“*’ 2—4.;4—?]:55.1’1:5‘/.

—Ver oy = [ ;z]v = i_z V.Chon déP an A.

Cau 56. Cho khdi chép S.ABC c6 thé tich V .Mat phang P song song véi day cat cdc canh

F, tuong tng la hinh chiéu vuong gbc cua

Vivay VBEFCC’MNB’ = VABC.A’B’C’

SA, SB, SClan luotj tai D, E, F.Goi D, ,E,,
D,E,F 1én mp ABC (tham khao hinh vé&).Khoi da dién DEF.D,E F,cé thé tich 16n nhat

bang

Gicder vion: Nyuyén Hoing Vict
' B 0905793688
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Chuyen dé: °T{ st thé tich

Gung 95/ 75

AL B. V. c D. 2%,
6 12 9 3
Loi giai
Chon C

Détx:S—Dzs—E:S—F 0<x<1 ;tacﬁngCéEzgzﬂzx:SDEF:xZSABC.
SA SB SC AB BC CA

i D, ABC -
Va _AD_AS=SD .y 4D, ABC =1-xdS, ABC
1S ABC _AS _ AS

Vivay Vi pop =Sp-d D, ABC =xS,, . 1-xd S, ABC =x"1-x 3V

:%.x.x. 2—-2x gﬂ

x+x+2—2x]3 4V
3

DA4u bang dat tai x=2—2x < x = % .Chon dap an C.

Cau 57. Cho khoi chép S.ABC c6 day la tam giac vudng tai C, canh bén SA vudng goc voi ddy. Biét
SA=AB=2a.Goi H, K Tan luot la hinh chiéu cta A 1én SB, SC. Khdi chép S.AHK c6 thé

tich 16n nhat bang
3 3 3 3
A. Vi’ g, Y3u' C. o' p. Y20
6 6 3 3
Loi giai
Chon A
Gicio vier: Ngayin Hoing Viel

. | B 0905793688




Chuyén Tl the tich Gung 97/ 7.5

C

Dt CA=x=>CB=+AB* —~CA®> =4a’ —x* =S, ZECACB——x\/ALa —x

Dod6 V, .. = 1 =S o -SA= %ax\/4a2 —x2.

3
Ta co
_SHSK,, _(SA] (SAY _ad 4 1 pe—s dawlie
S,AHK_SB'SC S.ABC — SB .SC SABC_8a2'4a2+x2'3 - 3 4a2—|—x2 :

Duing bat dang thitc AM-GM c6: 4a” +x* = 4a* —x* +2x* > 2\/ 4g* —x* 2x° =2\2x\4a® —x* .

2013 1 \/_ 2a
SAHK — 3 2\/_ 6
Cau 58. Cho khéi lang tru ABC.A'B'C’ c¢6 thé tich bang 1. Goi M, N Ian luot 1a trung diém
AA’, BB'. Puong thang CM cat duong thang A'C’ tai P, duong thang CN cat duong
thang B'C’ tai Q. Thé tich khoi da dién 16i A’B'MINPQ bang

AL B. 1. c.2. D.
3 2 4

Suy ra:

wWI|N

Loi giai

Chon D

Gido vien: Nguyér Hoang Viet
P etsile: hllfo://luyenthitiacngliiem.on
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Chuyen dé: °T{ st thé tich %/// 95/ W5

* Ta co: VA’B/MNPQ = VC.C’PQ —Veomawce (1)
*Dé thay A’, B’ Tan luot 1a trung diém C'P,C'Q nén S acro = 4Spppcr- Do d6
4 4
VC.C’PQ = 4VC‘C’A'B’ -5 VA’B’C’.ABC =—(2).
3 3
. 1 . 1 12 1
Vi SAABNM = SAA’B’NM = ESAABB’A’ nen VC.ABNM = E VC’.A'B’BA = Eg VA’B’C’.ABC = 5
2
Suy ra Veoyews = Vawease = Ve = 5 3).
4 2 2

*Tw (1), (2) va (3), ta dwoc: V,ypnpo = 373 3

Cau59. Cho hinh chép S.ABCDcé day la hinh binh hanh va c¢6 thé tich la V. Goi P 1a diém trén
canh SC sao cho SC =5SP. Mot mat phéng a qua AP cit hai canh SB va SD Ian luot tai

SR oy T S
M va N.Goi V, la thé tich ctia khoi chop S.AMPN . Gia tri 16n nhat ctia 71 bang

AL B. . c 2. D. 2.
15 25 25 25
Loi giai
Chon C

o\ Gidovion: Ngayin Hoang Viel
P etsile: hllfo://luyenthitiacngliiem.on
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Chuyén Tl the tich Gung 99/ 7.5

S
O\
\P P~
N J? ;
) " - A -————
J v A /B
D M
Datx—SA 1; —Sﬂ; :S—le,tzs— O<y, t<1
SA SB S 5 S
Khi do l+1—1 1:6:>_1/—L 1<t‘§1
t x z 6t—1 |6
1 1 1 1 1

Chitng minh: V. =V_ . nyzt ;+;+;+; Ve aven
Ta co:
Vs up SA SM SP
E_S_A.S_B.SC Xyz = SAMP_xyZ SABC_xyZZ S.ABCD — xsz
\% SA SP SN 1 1
Vz:zz =SA'SCSD =xzt =V, =xztV. —XZt’EVSAABCD:_XZtV

1 1 1 .
:>VS_AMPN:VS_AMP+VS.APN:§ xyz + xzt szxyzt ;+— *)
Mat khac:
V. SA SM SN 1 1
ﬁ_SA SB SD xytivS‘AMN _xyt SABD_xyt SABCD xytv
|% SM SN SP 1
VSSI:;\IS :S_B S_D Ezytzz>V5MNP th S.BDC th SABCD ]/Ztv

1 1 1 1) .
= Vs ameny = Voaun T Voumr :E xyt +yzt V:Exth ;"’; )

Gicder vion: Nyuyén Hoing Vict
' B 0905793688

P etsile: hllfo://luyenthitiacngliiem.on




Chuyen dé: °T{ st thé tich

Gung we/ws

Cong hai vé ctia (*) va (**), ta co:

1 1 1 1 1 1 1 1 1
2V surn :Exyzt ;+§+;+; Vi iz = Vs anpn :nyzt ;+§+;+¥ Vs apep (dpcm)
1 1 1 1 1 3 3¢
Taco: V., =V, =—xyzt|—+—+—+=|V. =—ytV=-"L="yt= .
1 S.AMPN ~ 4 Y x Yzt S.ABCD 5y v 5y 5 6f—1
2
Xéthams6 f t =———— trén |—;1
56t—1
2 tzog[l,q
, 3 6t°—2t 6
6t—1 f=——e|=:1
3 |6

Bang bién thién:

;L
6
7(e) \
£z)
Va maxft—fl—i
2 1, 25

o

. 1

3

0 4 ki
15

—
Ly

Cho khéi chép S.ABCDcé ddy la hinh binh hanh va c6 thé tich la 1. Goi M, N lan luot 1a

trung diém cdc canh AD va SC; duong thang BM cat AC tai P. Thé tich cta khéi ti dién

Cau 60.
ABNP bang
AL B. -
16 12
Chon B

D. L.

C.
24

| =

Loi giai

THAY VIET

B 0905793688



Chuyén dd: Ts6the tch Gung wr/ .5
S
‘;’.’N
O X _
feesy ey
f T e \ 5
P A
. y . \ A 1 1
Xét tam giac ABD co P latrongtam S, ,,, = ESMBD = ESMBCD
1 11 1 1 1
= VABNP :gd N, ABP 'SAABP :gzd S, ABCD 'E'SABCD :E S.ABCD :E
Cau 61. Cho lang tru tam gidc ABC.A'B'C’ c6 thé tich bang 72. Goi M la trung diém canh A'B’; cac
diém N, P thoa man B'N :ZB’ C', BP= iﬁf Duong thang NP cat BB tai E; duong
thang ME cat AB tai Q. Thé tich kh&i da dién ACPQA'C’'NM bang;:
A. 55. B. 59. C. 52. D. 56.
Loi giai
Chon B
2E
A Q-' : J .B
P
F
A M B
('“' N
1
, , EP EQ EB BP 4P¢ 1
Thé tich khai lang tru da chola V, =Sh=72.Ta c6 = === ==;
EN EM EB BN 3, 3
—B'C
4
: B'M B'N 13, 3 1) 13, 1
Do d6 SB’MN ZM.B/—(:/SB/A,C, :EZS :§S, SBQP = [5] SB’MN = 5 gs :£S

B 0905793688



Chuyen dé: °T{ st thé tich

Gung w2/ .5
h e o _h|3 1 3.1 13
VBQP.B’MN — 5 SB’MN +SBQP + SB'MNSBQP — 5 gs +£S + gSES] — ﬁSh — 13
Do d6: V,coonemm = Vascawe = Vaop.smn =72 —13=>59 . Chon dap an B.

Cach 2: Dung ti s0 the€ tich co:
Vo =L £ =1 35343

_EB EQ EP, _ v
EBQP PR EMEN EEMN T 27716 144 °

3 1 13
VBQP.B’MN = Vepmn — VEABQP = [E —m] V,==V,=13

Vivay V,eonenm = Vascane — Vagnsay =72—13="59. Chon dép 4n B

Cau 62. Cho khéi lang tru tam gidc ABC.A’B'C’. Cac mat phang ABC’' va A'B'C chia khdi ling
tru da cho thanh 4 khoi da dién. Ki hiéu H,, H, lan luot la cac khoi da dién c6 thé tich 16n
1%

> ~, .7 . B H
nhat, nho nhat. Gia tri cia —

bang:

H,

A. 4. B. 2. C. 5. D. 3.

Loi giai

Chon C

Goi E=AC'NA'C; F=BC'NB'C c6 4 khoi da dién can tim la:
ABCEF; ABB'A'EF; A’B'C'EF; CEFC'.
bat v=V

ABC.A'B'C’

. V 2V
ta CcO VC‘A/B/C/ - 3; VABB,A/C _

3

Theo cong thitc ti sO thé tich co:

Gicio viére. .-C/I/Wm”' C%W‘ YViel —
' B 0905793688




Chuyén Tl the tich Gung w3/w5

CE CF 11V Vv

Vare = Carep Ve =323 " 12
v v Vv
= VA’B’C’EP = VC.A’B’C’ _VCEFC’ = g _E = Z
Va véi ngzl; y:gzl; = CF,Zl; F— CE/:l
CA CB CB" 2 CA" 2

theo cong thirc tinh nhanh ti s thé tich ¢6 :

1 1 1 1 1 1 11 2V VvV
Ve aser :nyZt ;+;+;+; Vssac 21-1-1-5-5 1+1+2+2 ?:Z

2V V 5V 5V v Vi

Suy ra: Vppaer = Vaswac = Ve aser :?_Z:E :>VH] :E; VH2 :E: VHZ =5.
Chon dap an C.

Cau 63. Cho khdi chép S.ABCD cé ddy 1a hinh binh hanh thé tich bang 1. Goi M 1a diém d6i xting
cta C qua B; N la trung diém canh SC.Mait phang MDN chia kh&i chép S.ABCD thanh

hai khoi da dién, thé tich cua khoi da dién chit dinh S béng:

A.l. B.g. C.1—2. Q.l.
6 8 19 12
Loi giai
Chon D
S
N % M
A Yo . B
p* C

e Goi P=MNNSB=-P latrong tam ctia ASCM vi la giao cua hai duwong trung tuyén SB,

MN.

e Goi Q=MDNAB=Q latrung diém cua MD.

e Ta co:

MB MQ MP
VBCDQNP = VM.CDN _VM.BQP = VM.CDN - MC MD MN & McoN
112 5 '

= [ _555] VM‘CDN = g VM.CDN

e Mat khac:

Gido viér: e/l@t%&n/”~ e%a/ny' YVied
e MUebsile: W/ /Wmf/whavny/wwwm
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Chuyén Tl the tich Gung w#/ 7.5

s dN, ABCD
MCD

Vieon = Yaumen = SABCD " S ABCD Vs asco
lCD.CM
2 1 1 1
~ CDCB 'E'VS.ABCD = EVS.ABCD = E
A 5 5 7 .
e Vay VBCDQNP = E = VSANPQD = VS.ABCD - VBCDQNP = _E = E . Chon dap anD.

Cau 64. Cho hinh ling tru ABC.A'B'C' c6 duong cao bang 8 va day la tam gidc déu canh bing6.
Goi M, N lan luot la trung diém cua cac canh AA',BB'. Puong thrfmg CM cit duwong th:fmg
A'C' tai P; duong thang CN cat duong thang B'C'taiQ. Thé tich ctia khdi da dién c6 cac
dinh 1a cac diém A, B,C,P,Q,C'bing

A. 12043. B. 14043 C. 16843. D. 19243.
Loi giai
Chon C
Ta co % :% =1=PA'=AC=A'C'= A' latrung diém PC'. Tuong tu B'la QC'. Khoéi

chép cut ABC.PQC' c6 chiéu h=38, dién tich day

5,=S§ V3

17~ 2aBc — 7-62 = 9\/51 5, =Spoc =45, = 36\/6.

Do d6 Ve poce :% S,+85,+4/SS, = §[9J§ +3633 +93.36\/3 ] =168+/3. Vay chon C

Cau 65. Cho hinh hop ABCD.A'B'C'D' ¢6 dudng cao bang 8 va day la hinh vuong canh bang 6 . Goi
M,N,P,Qlan luot 1a tam cta cdc mdt ABB'A', BCC'B',CDD'C',DAA' D' .Thé tich cta khoi
da dién c6 cac dinh la cac di€ém A,B,C,D,M,N,P,Q, bang
A. 108. B. 168. C. 9. D. 120.

Loi giai

Chon D

B 0905793688




Chuyén Tl the tich Gung w5/ w5

Thé tich khoi hop da cho V =68 =288.Goi E,F,G, H lan lwgt la trung diém cua
AA',BB', CC',DD'

Ta co VACBDMNPQ =V sscoon — VA.MNQ + Virn T Venor + VD.PHQ
1
V uscoon = EV' VA.MNQ =Virmen = Vener = VD.PHQ
DH DP DQ
DDI'DCV DA' D.D'C'A

s 1 1 1 1 1 5
Vay Viauro =5V ~| 2V 35V gV T35V =15V =120

Vay chon D

f Gido vien: Nguyér Hoang Viet
Y vIET etsile: hllfo://luyenthitiacngliiem.on
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