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TOA DO VECTO TRONG MAT PHANG

of LY thuyét
—

1. Tryc toa do
1.1. Pinh nghia

Truc toa do (hay goi titla truc) la mot duong théng trén d6 da xac dinh mot diém
O goi la diém goc va mot vecto don vi i .

» Diém O goila goc toa do. = L,

» Hudng cta vecto don vi la hudng cua truc. 0

» Takihi¢u truc d6 1a (0;7).

1.2. Toa d0 ctia vecto va ctua diém trén truc

» Cho vecto # nam trén truc (O;;) khi d6 s6 a duoc goi la toa dd ctia vecto i trén
truc (037 khi va chi khi ii=a.i .

» Cho diém M nim trén truc (O;?) khi d6 s6 m dwoc goi la toa do ctia diém M
trén truc (O;?) khi va chi khi OM = mi .
Nhu vay toa diém M la toa do vecto OM .

2. Hé truc toa do
2.1. Dinh nghia

Hé truc toa d gom hai truc vudng goéc Ox va Oy véi hai vecto Yy

don vi lan lwot la ;,; .Diém O la goc toa d9, Ox goila truchoanh

va Oy goi la truc tung.

Ki hiéu: Oxy hay (O,?,}). ) 1

=

2.2. Toa d0 diém, toa d6 vecto
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P
v=+_ Dinh nghia

» Trong hé truc toa do (O,i, j), cap so (x; y) dwoc goi la toa do cta vecto

:(x;y)<:>ii=x2+y.}:

=l

Ki hiéu: i = (x;y) hay ﬁ(x;y) )
» Trong hé truc toa do (O,;,}r), toa d0 ctuia vecto OM goi la toa d¢ ctia diém M.
Ki hiéu: M =(x;y) hay M(x;y).

2.3. Toa do trung diém ctia doan thing. Toa d0 trong tim tam giac
.

e
V.-:!'GJ
7 7) ]

| =\

X, + X,
x, =—424—F
» M la trung diém ctia doan AB < 2
y _YatYs
. 2
o X, +Xp+ X,
» G latrong tam tam gidc ABC < = .
_YatV¥et¥c
Yo = 3

3. Biéu thuc toa dd cua cdc phép todn vecto
R

e
V.-:!'GJ
7 75) ]

B ho 3 = (x;y):i =(x";y") va s thuc k. Khi dé ta c6

x'=kx
y'=ky
(5) Cho hai diém A(xA,yA),B(xB;yB) thiﬁz(xB —X, ;Y5 —}/A).

(4) @' cung phuong voi i (ii # 6) <> ton tai s6 k sao cho {
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4. Ung dung biéu thuc toa dé cba céc phép todn vecto
L"“"::‘;‘;‘“Trén mét phing toa do Oxy, cho hai vecto 7 = (“1 ;a, ),5 = (bl ;bz) va hai diém

A(xA;yA),B(xB;yB).Ta co:
1) dlbeib=0cab+ab, =0

(2) @b cung phuwong < ab, —ab, =0

(3) |d| = a; +a;
4) AB=‘E‘ = \/(xB —xA)2 +(yB —yA)2 :
~): ib ab, +a,b,

(5) cos(ﬁ;b |ﬁ”5‘ =\/af+a§ .\/b12+b§ (d=(a;a,) va b=(bl;b2) déu khéc 0)

2

a
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0?Cdc dang bai tap
d

”-Dang 1. Toa do trén truc

— f;ﬁ Phwong phap )
Toa d6 trén truc ctia diém & vecto:

» Cho vecto #i ndm trén truc (O o ) khi d6 s6 a duoc goi la toa dd ctia vecto i trén truc (O; i)
khi va chi khi i =a.i .

» Cho difm M ndm trén truc (O; i ) khi d6 s6 m dwoc goi la toa d6 ctia diém M trén truc
(o,-?) khi va chi khi OM = mi .

Nhu vay toa diém M la toa d6 vecto OM .

2
{ vidy ..
Trén truc x'Ox cho 2 diém A, B c6 toa d0 lan luot la -2 va 5.

(1) Tim toa d0 cta E

(2) Tim toa do trung di€ém I ctia doan th:fmg AB.
(3) Tim toa d0 ctia diém sao cho IMA +5MB=0.
(4) Tim toa dd diém N sao cho 2NA+3NB = 1.

= Loi giai
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Vidu1.2.

Trén truc x'Ox cho 2 diém A,B c6 toa do lanlwotla -3 val.
(1) Tim toa d6 diém M sao cho 3MA —2MB =1.
(2) Tim toa d6 diém N sao cho NA +3NB = AB.

Vi dy 1.3.

Trén truc toa dd (0 ,;) cho hai diém A, B c6 toa d0 Ian lwot 1a a,b.

(1) Tim toa do difm M sao cho MA = km, (k # 1).
(2) Tim toa d9 trung diém I ctia AB.

........................................................................................................................................................
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Vidy 1.4.
Trén truc toa do (0;?) cho bon diém A, B,C,D bat ky.

_— B — —_— —

Chttng minh AB.CD+ AC.DB+ AD.BC=0
= Loi giai

4 Vidy15.

Trén truc (O;?), cho3 diém A, B, C cotgoaddlanluwotla a, b, c.

Tim diém I saocho IA+IB+IC=0.
= Loi giai
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R~ Dang 2. Toa do trén hé truc

— i Phuong phip ), N
. X, +X,
(1) M Ia trung diém cta doan AB < 2
Y, = Yatls
M2
v o XAt Xt
G
(2) G latrong thm tam gidc ABC < 3 :
Yo = YatYstVc
¢ 3

» Cho ﬁ:(x;y);ﬁ’:(x’;y’) va sO thuc k. Khi d6 ta co

x' =kx

y'=ky

(4) i' cing phuwong voi i (ﬁ = 6) &> ton tai s6 k sao cho {

(6) cos(fi;ﬁ')=| = : : (if;i déu khéc 0)

(7) Cho hai diém A(x,,y,),B(x;;,) thiﬁ=(xB — X, Y5~ Ya)-

8) AB=[AB|=\(x,~x,) +(v,-v.)

d vidy 2.1
Trong mat phéng toa d6 Oxy, cho A(Z;l), B(—l; —2),C(—3;2) .

(1) Tim toa do trung diém ctia doan th:fmg AC.
(2) Tim toa do trong tm tam giac ABC.

= Loi giai
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4 Vidy 2.2.

Trong mat phing toa dd Oxy, cho 4 = 2i,b = —3;,5 =3 —4

(1) Tim toa dd cac vecto a,b,¢, i =33 —2b .

(2) Phan tich vecto ¢ theo hai vecto @; b .

“Avidy23.
Trong mat phémg toa do Oxy, cho 3 diém A(—l;—Z), B(S; 2),C(4;—1) .

(1) Chting minh 3 diém A, B,C tao thanh tam gidc.
(2) Tim toa do diém D sao cho ABCD 1a hinh binh hanh.

= Loi giai
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4 vidy 2.4.

- = 1) -
Cho 4 =(2;0),b =(—I;EJ,C :(4;—6)

(1) Tim toa dd ctia d =24 —3b +5¢

(2) Tim m, n sao cho: md+b—nc =

(=1

(3) Bidu didn vecto ¢ theo ;b .

4 vidy2s.
Cho 4 diém A(l;l),B(Z;—l),C(4;3),D(16;3).

Hay biéu dién AD theo cac vecto E,E )
= Loi giai

» TOAN TU TAM - 0901.837.432



Chuaong 09 —
TQA DO TRONG MAT PHANG — -

4 vidy 2.
Tim m dé
(1)2 vecto d=(2m;3m+1) va E=(—4;—8) cung phuong.
(2)3 diém A(1;1),B(3;2),C(m+4;2m+1) thang hang.
= Loi giai

“Avidv27.
Cho ba diém A(l;—z), B(2;3),C(—1;—2)

(1) Chttng minh ba diém A, B,C khong thang hang .
(2) Tim toa d0 diém E, sao cho ABEC la hinh binh hanh.
(3) Tim toa do6 trong tam G ctia tam gidc ABC .

= Loi giai
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4 Vidy 2.8.
Cho hai diém A(3; —5),8(1;0)

(1) Tim toa d6 diém C thoa man OC = -3AB.

(2) Tim diém D d6i xtmg v6i A qua C.

(3) Tim diém M trén truc Ox, sao cho A,B,M thing hang.

(4) Tim di€ém N trén Oy sao cho ABNO Ia hinh thang cé canh ddy AO.

= Loi giai
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(c il
Luyén tap

A &

A. Cdu héi - Tra 10i trdc nghiém

» Cau 1. Trong hé truc toa do Oxy, toa do cua vecto ;: 87—3; bf”ang
A. a=(-3;8). B. a=(3;-8). C. a=(8;3). D. a=(8;-3).

» Cau 2. Trong mat phang Oxy, cho hai diém B(—1;3) va C(3 ;1). Do dai vecto BC bang
A. 6. B. 24/5. C.2. D. 5.

» Cau 3. Trong mat phéng véi hé truc toa d6 Oxy, cho diém A(l; 3) va B(O;G). Khéng dinh nao
sau day dung?

A. AB=(5;-3). B. AB=(L-3).  C.AB=(3-5).  D.AB=(-13).
»Cau 4. Cho A(-11),B(13),C(~2;0). Tim x sao cho AB=xBC

A.x=Z B. x= 2 C.x:§ D.x=—§

3 3 2 2

» Cau 5. Cho céc vecto a= (1, 2) b= ( -2; 6) Khi dé6 goc gitta ching la

A. 45°. B. 60°. C. 30°. D. 135°.
» Cau 6. Cho céc vecto a= ( ) b= (2 5) Tinh tich v6 hudng cta ;(;+ 25)

A. 16. B. 26 C. 36. D. -16.

» Cau 7. Trong mat phang Oxy, cho 0= (2; —1) va b= (—3;4). Khang dinh nao sau day la sai?
A. Tich v6 hudng ctia hai vecto da cho la -10.
B. D0 16n caa vecto a1 \/g
C. D6 16n ctia vecto b1as.
D. Goc gitra hai vecto la 90°.
» Cau 8. Trong mat phéng toa d0 Oxy, cho hai vecto 1 = (3; 4) va 0= (—8; 6). Khéng dinh nao sau

day dung?
A. ‘ii‘:‘z?‘. B. M(O;—%j. va v cung phuong.
C. 4 vudng goc voi . D. u=-0.

A A - l_.' _: A 2 - \
» Cau 9. Trong hé toa d6 Oxy cho u= EZ —-5j. Toa do ctia vecto u la

A. ﬁ=(1;5) B. Z:[E;—5]. C. u=(-110). D. u=(3-10).
2 2
» Cau 10. Trong mat phang toa do Oxy, 0= (52), b= (10;6—2x). Tim x dé ;b cung phuong?
A L B. -1. C. 2 D. 2.
» Cau 11.Trong hé truc toa d6 Oxy, cho hai diém M (1;1), N (4; —1). Tinh d6 dai vécto MN .

A. ‘W‘: B. m‘za C. ‘W‘:@ D. \m\:
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AB.AC

» Cau 12. Trong mat phéng toa do Oxy, choba diém A(S; —l), B ( 2;10), C (—4; 2) Tinh tich v6 hudng
A. AB.AC =40

B. AB.AC = —40 C. AB.AC =26 D. AB.AC =—26

» Cau 13.Trén truc (O;;) cho ba diém A, B, C co toa d0 lan lwot la —5;2;4. Khi d6 toa d6 diém M
thao man 2MA +3MC +4MB =0 la:

A. 10 B. 10 C. > D. >
3 9 3 4
» Cau 14.Trén truc x'Ox cho toa d0 cac diém B, C lan luot 1a m—2 va m? +3m+2. Tim m d€ doan
thang BC c6 d6 dai nho nhat.
A.m=2 B. m=1 C.m=-1 D. m=-2
» Cau 15.Trong mat ph?mg toa d6 Oxy, cho hai vecto a= (—3; 2) va b= (—1; —7). Tim toa do vecto
¢ biét ca=9 va cb=-20
A. c=(-1-3) B. c=(-1;3) C. c=(4-3) D. c=(13)
» Cau 16.Cho (Y/f = (—2;—1), (ﬁl: = (3; —1). Tinh goc cta (OTJ,OW)
A. 135°. B. —Q. C. -135°. D. —2
2 2
» Cau 17.Cédp vecto nao sau day vuong goc?

A. a=(2;-1) va b=(-3;4).
C. a=(-2;-3) va b=(-6;4).

a=(7;-3) va b=(3-7)
» Cau 18.Cho tam gidc ABC c6 A(1;2), B(—l;l), C(5; —1) .Tinh cos A
2 -1 1 -2
A, —. B. —. C. —. D. —
G N;

» Cau 19.Trong mat phang (O;;,;) cho 2 vecto: a=3i+ 6} va b=8i- 4]—'t Két luan nao sau day sai?
A. ab=0.

= |—

B.alb. b

C. |a

- 0. D. |ab|=0.
» Cau 20.Trong mat phffmg toa d0 Oxy, cho ba vecto ;:(—2;3), 52(4;1) va Z:k;+mg voi

k, m e R. Biét rang vecto c vuong goc voi vecto (; + 5) Khang dinh nao sau day dung?

A. 2k=2m B. 3k=2m C. 2k+3m=0 D. 3k+2m=0.

» Cau 21.Trong mt phang Oxy cho A(—l;l), B (1; 3) , C (1; —l). Khang dinh nao sau day dung.
A. AB=(4;2), BC =(2;-4). B. AB L BC.

C. Tam gidc ABCvuodng can tai A.

D. Tam gidc ABC vudng can tai B.
» Cau 22. Trong mat phang toa dd Oxy, cho hai diém A(l; 2) va B(—3; 1). Tim toa d6 diém C thudc

truc tung sao cho tam gidc ABC vuong tai A.

A. C(0;6). B. C(5;0). C. C(31). D. C(0;-6).

» Cau 23.Cho tam gidc ABC c6 A(—1;2),B(O; 3),C(5;—2). Tim toa d6 chan duong cao ha tir dinh
A cua tam giac ABC.
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A. (0;3). B. (0;-3). C. (3,0). D. (-30).
» Cau 24.Cho diém A(—Z; 3) va vecto AM =3i— 2} .Vecto nao trong hinh la vecto AM?

Ay
5-—‘ ]
P
el |
L
5 4 -2 (0 1 ¢
AV, B.V, v, D.V,

C. V,
» Cau 25.Trong mat phang Oxy, cho hai diém B(—1;3) va C (3 ;1). Tim toa do diém A sao cho tam
giac ABC vudng can tai A.
A. A(0;0) hodc A(2;-4). B. A( ;0) hoac A(2;4).
C. A(O;O) hoac A(—2;—4). ) hoac A( )
» Cau 26.Cho véc to ;(1; —2) Vi gid tri nao ctia y thi véc to l; (3 y) tao v6i vécto a mot goc 45
== 1
A. y=-9. B. {y . C. [y D. y=-1.
y=9 y=-9
» Cau 27.Trong mat phéng toa do Oxy, cho AABC c6 A(—S;B),B(1;4),C (2; —5). Toa d0 diém M
thoa man 2MA — BC =4CM la:

NYEE (55 e85 powf5L
6'6 6 6 6 6 6 6
» Cau 28.Trong mat phéng véi hé toa do Oxy, cho hai vecto ﬁ:(l;Z) va ;=(4m;2m—2) . Tim m

—

dé vecto u vudng goc voi v .

A.mzé. B.mz—%. C. m=1. D. m=-1.

» Cau 29.Trong mat phang véi hé toa d6 Oxy cho tam gidc ABC c6 trong tdm G(% ; Oj, biét

M(1;-1) 1a trung diém cua canh BC. Toa d¢ dinh A la
A. (2 0). B. (-2 0). C. (0;-2). D. (0; 2).
» Cau 30.Trong hé toa do Oxy, cho 3 diém A(—l; —1),B (O;l),C(S; O). Xac dinh toa d6 giao diém I
ctia AD va BG v6i D thudc BC va 2BD=5DC, G la trong tam AABC
A.IE;l B.Il,’l CI3—52 DI§1
9 9 9 9
B. Cau hoi — Tra 1oi diing/sai
» Cau 31.Trong mit phang toa do, cho cac diém A(0;2); B(1,1);C(-1;-2). Cac diém A’,B,C’ lan

lwot chia cdc doan BC,CA, AB theo céc ti sO —1;% ;—2 . Khi do:
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Ménh dé bung | Sai
1
A'l0;—=
(a) ( 2}
(b) | B'(2;6)
14
C'| ==
(0 [ 3 3j
(d) | Ba diém A’,B,C’ thang hang.
» Cau 32.Cho A(0;1); B(2;-3);C(1;-7). Khi d¢:
M¢énh dé Pung | Sai
(a) | Néu B la trung diém cua AM thi toa d6 diém M (1; —2) .
(b) | Néu C la trong tam cta tam giac ABG thi toa d diém G( 3)
Néu D la dinh thit tw caa hinh binh hanh ABCD thi toa d0 diém
© | p(-1;-3).
Néu E la diém thudc truc hoanh sao cho AE vudng gbc v6i BC thi
(d) toa do E(4;O).
» Cau 33.Trong mat phang toa do Oxy, cho A(—Z; 5), B(—4; —2),C(1;5). Khi dé:
M¢énh dé Pung | Sai
(a) | Badiém A,B,C khong thang hang.
(b) G(—g ,gj la toa d§ trong tam cuia tam giac ABC.
(c) | T& gidc ABCD la hinh binh hanh khi d6 toa d6 diém D la D(3;10)
(d) | ACB=45
» Cau 34.Trong mat phang toa dd Oxy, cho cac vecto 4 = (2; 3),5 = (—1; 2),5 = (—6;4). Khi dé:
M¢énh dé Pung | Sai
@) | |a]= J13
®) | [p| =3
© | |c]= 13
3 N e = \ 7 A \ e M \/E 7 A 3
Vecto d cung phwong véi a4 va c6 d6 dai bang > c6 toa do 1;5
(d)

hay

» Céau 35.Tron

(+3)

g mat phang toa dd Oxy, cho cac vecto 4 = (2,'
Ménh dé

-2),b=

(4:1) va ¢ =(0;-1). Khi do:

Dung

Sai

(a)

2 ~b -3¢ =(0;-2)

(b)

€= (1,' —1) cung phuong, cung hudng véi vecto @

(0

» TOAN TU TAM - 0901.837.432
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» Cau 36.Trong mgt phang toa dd Oxy, cho tam gidc ABC c¢6 cic dinh thoa man
OA=2i—],0B=i+],0C=4i+].Khidé:

» Cau 37.Tron

» Cau 38.Tron

M¢énh dé Pung | Sai
@) | A(2,-1),B(1),C(41)
(b) | E latrung diém AB nén E[g;Oj
\ N A 21
(c) | G latrong tam AABC nén G(g ,gJ
(d) | Piém D sao cho ABCD la hinh binh hanh nén D(2;-1)
g mat phang toa dd Oxy, cho cac diém A(—4;1), B(2;4),C(2; —2). Khi dé:
Ménh dé Pang | Sai
(a) | Toa d¢ diém D sao cho C la trong tam tam gidc ABD la D(8;11)
(b) | BC=(0;-6); AC =(6;-3)
Toa dd diém E thudc truc hoanh sao cho A, B, E théng hang la
(c) )
E(-6;0)
(d) | Toa d F thoaman AF = BC—2AC +2CF la F(20;5)
g mit phing toa d Oxy, cho ba diém A(-2;-1); B(1;3); C(2;-3). Khi do:
M¢énh dé Ping | Sai
(a) | A,B,C laba dinh mot tam giac
(b) | Diém I (O; —2) la trung diém cua AB
(c) | Pifm M thudc Ox sao cho AM+BM bé nhat c6 hoanh d6 bang %
(d) | Piém N thuoc Oy sao cho BN+CN bé nhét c¢6 tung d6 bang 2
» Cau 39.Cho tam gidc ABC c6 ba dinh A(1;2), B(-2;6), C(9;8). Khi do:
M¢énh dé Pung | Sai

(a)

Tam gidc ABC vuong taiA.

(b)

4 2 .7 4 A \ 11
Tam dwong tron ngoai ti€p cua tam gidc ABC co toa do la [? ;1]

(c)

Tam gidc ABC c6 dién tich bang 25 (don vi dién tich).

(d)

3

Diém H thudc BCsao cho AH ngén nhat c6 toa d6 la (% ; gj

» Cau 40.Trén man hinh ra da ctia mot dai kiém soat khong luu (dwoc coi nhue mat phéng toa do
Oxy véi don vi trén cac truc tinh theo ki-16-mét, mot mdy bay truc thiang chuyén dong

thang déu tr thanh phd A c6 toa do (600 ; 200) dén thanh ph6 B c6 toa do (200 ;500) va

thoi gian bay quang duong AB la 3gio. Biét toa d6 M (x ;y) la toa do cua may bay truc

thang tai thoi diém sau khi xudt phat 1 gio. Khi dé:

» TOAN TU TAM - 0901.837.432
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Ménh dé bung | Sai

(a) | AM =(x—-600;y —200)

(b) | AM =3AB
© M[@;m]

(d) | AB=(400;300)

C. Cau héi — Tra 1oi ngin

» Cau 41.V6i m>0 thi ¢ bao nhiéu u = (Zm—l; —2) cung phuong véi v = (—2; m+3) .

= Dién dap so:
» Cau 42. Trong mat phéng toa do Oxy, cho cac vecto a=(2; —1),l; =(L1) va d= (Zm +2;1- mz). Co

bao nhiéu gia tri dwong cua tham s& m dé d cung phuong véi .

= Dién dap so:
» Cau 43.Trong mat phéng toa do Oxy, cho hai diém M(5; 3),N (—3; 5). Xac dinh gia tri hoanh d¢

ctia diém P sao cho ba diém M, N, P thang hang. Biét diém P nam trén truc hoanh.

= Dién dap so:
» Cau 44.Cho cac diém A(l; 2), B(—Z;O) ;C (0;5), tinh tdng tung d6 va hoahf do diém M biét rang

AM +2BM +3CM = 0. Két qud lam tron dén hang phiin muoi.

= Dién dap so:
» Cau 45.Trong mat phéng toa do Oxy, cho a= (m;Z),l_; = (—3;n) va c = (—2m;7). Tinh m+n biét

rang ¢ =a+b, véi m;n 1a cac sd tu nhién.

= Dién dap so:
» Cau 46.Trong mat phffmg toa d6 Oxy, cho A(2;2) : B(l,' —3) ;C (—3;0) . Xac dinh hoanh d6 diém E

thoa man A—E: = —2@ + 3A—C'.

= Dién dap so:
» Cau 47.Trong mat phéng toa d6 Oxy, cho tam gidc ABC cé A(—S; 4) ;B (—1,' —2), C (8,'1). Co bao

nhiéu diém M trén duong thang BC sao cho dién tich ctia tam gidc ABC bang ba lan
dién tich ctia tam giac ABM.

= Dién dap so:
» Cau 48.Trong mat phéng toa do Oxy, cho hai diém A(1;5), B(9,' 3). Cé bao nhiéu diém M thudc

truc hoanh thoa man AMB=90".

= Dién dap so:
» Cau 49.Trong mat phéng toa d0 Oxy, cho hai vecto 4 =(3m,' 4m—1) va b= (\/5 ,'\/E ) (véi m la

tham s8). Tim gia tri cia m d& géc gifta hai vecto @ va b bang 45'.

= Dién dap so:
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» Cau 50. Trong mit phang toa do Oxy, cho hai diém A(4; —2) va B(lO; 4). Biét diém M trén truc

tung dé ‘z\ﬂ + MB| dat gia tri nho nhat. Tung do ctia diém M bang bao nhiéu?

= Dién dap so:

Hét

» TOAN TU TAM - 0901.837.432
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PHUONG TRINH DUONG THANG

of LY thuyét

1. Véc to chi phuong va vecto phdp tuyén coa dusng thdng

:AV«E L . ~ 9

{«A_,..:i‘ Dinh nghia Vecto chi phuong:

=, Vécto @i goi la vécto chi phuong ctia duong thang A néu i #0 va
gia cua 1 song song hodc trung voi A.

Yy

/|
o)

(1) Néu i 1a mot VICP cta duong thang d thi ki, (k#0) cling la mot VICP ctia d .

(2) Mot duong thang xac dinh khi biét mot VTCP va mot diém ma né di qua.

I”_Dinh nghia Vectd phdp tuyén:

“» Vécto 11 goi la vécto phdp tuyén ctia duwong thang A néu 1= 0 va
gid ctia 11 vudng gdc véi A.

(1) Néu 7i 1a mot VIPT cta duong thing d thi ki , (k= 0) cling la mot VIPT cuad .
(2) Mot duong th:fmg xac dinh khi biét mot VIPT va mo diém noé di qua.
(3) Néu 7 1a mot VIPT cta duong thang d va i 1a mot VICP ctia dwong thang d thi

u
ni=0.

» TOAN TU TAM - 0901.837.432




Chuong 09 :
TOA DO TRONG MAT PHANG Sl ¥

2. Lién hé gita VTCP va VTPT
'- 'sNhan xét:
(1) Ttr nhan xét:
“Néu 7 la mot VTPT ctia dwong thang d va i la mot
VTCP ciia dwong thang d thi riii=0"
= Ta rut ra duoc:
“Néu ii =(a;b) la mot VIPT ciia dwong thing d thi

VTCP ciia d 1 ii = (b;—a) (ii = (~b;a))”
(2) Ttr nhan xét:

“Néu i la mot VTPT ciia dwong thing d va i la mot VTCP ciia dwong thing d thi

ni=0"

= Ta rut ra duoc:

“Néu i = (a;b) la mét VICP ciia dwong thang d thi mét VTPT cia d la 7i = (—b;a) (

i =(ba))"

3. Phuong trinh dudng thdng
&

=+’_Phuong trinh tham sé:

IS A

2= Cho duong thang A di qua diém A(x0 Yo ) va c6 vecto chi phwong  ({

» Khidé M(x;y)thudc dudong thing A < ton tai s8 thuc ¢ sao cho AM =tii, hay

{x = x, +at )

Y=y, +bt

He (2) dwoc goi 1a phuong trinh tham s’ ciia duong thang A (t 1a tham s6).

» Duong thang d di qua M(x,;y,) vacé VICP

thi c6 phuong trinh tham

= t x 9 A 1A A N 2 . e 1
s6 1a {x Yo (MG dien M bat kiy thuc dwong thing (d) twong tng véi duy nhat

y=y,+bt
mot s6'thyee t € R va nguegc lai).
v Nhinxét: Ac A& A(xo +at;y, +bt),t eR

; = t
Trong mét phang Oxy, moi phuong trinh dang {x o a

y=y,+bt

trinh ctia duwong thang d ¢ mot VICP1a (]

véi a’ +b° #0 déu la phuong

» TOAN TU TAM - 0901.837.432
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» TOAN TU TAM - 0901.837.432

.
{ZJ Phuong trinh téng quat:

[t \

Z2=»  Moi duong thang déu c6 phuong trinh tong qudit dang ax+by+c=0,véi a va b

khong dong thoi bang 0.

» Nguoc lai, mdi phwong trinh dang ax+by+c=0, véi a va bkhong dong thoi bang

0, déu 1a phuong trinh cua mot duwong thang, nhan 7 =(a;b)1a mot VIPT.

(1) Pudng théng d di qua diém M (x,; Y,) va o VIPT 7i=(a;b) thi c6 phuong trinh
tong quatla a(x—x,)+b(y-y,)=0.
(2) Néu a=0 phuwong trinh tré thanh by+c=0<y = —% duong thang song song véi

truc hoanh Ox va cét truc tung Oy tai diém M (0;—%j .

(3) Néu b =0 phwong trinh try thanh ax+c=0<x = _£ duong thang song song véi
a

truc tung Oy va cét truc hoanh Ox tai M (—C ; O]
a

(4) Néu ¢ =0 phuong trinh tro thanh ax +by =0 duong thang qua goc toa dd O(0;0).

(5) Puong thang y=ax+b, (trong d6 a dwoc goi la hé s§ goc cia duong thang) co
VTPT la 7i = (a;-1).

Nguoc lai dudng thing c6 VIPT 7 =(a;b) thi c6 hé s gocla —%.

(6) Pudng thing d di qua diém A(a;0) va B(0;b) c6 phwong trinh la £+% =1.
a

~

J

&y ;
.=+’ Phuong trinh chinh tdc:

= A

2=, Puong thing d di qua diém M (x4;,) va o VICP (] véi a#0,b#0 cb

phuong trinh chinh tic la; 22 = 7 byo
/]
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0?Cdc dang bai tap
d

fDang 1. Phuong trinh tham sé cua dudng thdng

— ;‘_? Phuong phdp )

Dé lap phuong trinh tham s6 ctia duong thang A ta can xac dinh:
» mot diém M(xo; yo) e A

» mot vécto chi phuongii = (u,;u, ) .
X=x,+tu,

Vay phuong trinh tham s6 ctia duong thang A {
y=Yy,ttu,

f vidy 1.1,
Trong mat phiang Oxy, viét phuong trinh tham s§ duong thang A biét A di qua
M(1;2) va c6 vécto chi phuong i =(-1;3) .

{ Vidyi2.
Trong mat phang Oxy, dwong thang d di qua A(],‘ 2), B(3 ; 1) . Viét phuong trinh tham

s6 duong thang d.

= Loi giai

d viduis.
Trong mit phang Oxy, duong thang d di qua M (—2;3) va song song véi duong thang

EF . Biét E(0;-1),F(-3;0).Viét phwrong trinh duong thang d.
= Loi gidi
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f>Dang 2. Phuong trinh téng qudt coa dudng thdng

— f:i" Phuwong phdp )
Dé 1ap phuong trinh tham s6 ctia duong thang A ta can xac dinh:
» mot diém M(xﬂ;yo) eA

» mot vécto phap tuyén i =(a;b).
Vay phuong trinh duong thang A: a(x—x,)+b(y—-y,)=0.
» Phuong trinh téng quéat duong thang A:ax+by =c véi ¢ = —(ax, +by,).

s Vidy 2.1.
Trong mat phang Oxy, viét phwong trinh tong quat duong thang A di qua diém

M(-1;5) va c6 vecto phap tuyén 7 =(-2;3).
= Loi giai

f vidu22.
Trong mat phang Oxy, viét phuong trinh tdng quat duong thang A di qua diém
N(2;3) va vuong goc voi duong théng AB voi A(1;3),B(2;1).

= Loi gidi

{ Vidy 23.
Trong mat phang Oxy, viét phuong trinh tong quat ctia duong thang d di qua

A(—l;2) va vuodng goc véi duong thang A:2x—y+4=0.

» TOAN TU TAM - 0901.837.432
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Vidy 2.4.
Trong mat phang Oxy, viét phuong trinh téng quat ctia A la duong trung truc ctia

doan théng AB voi A(—4;—1),B(2;3).

Vidy 2.5.

x==-2t
y=1+t

2 2, _t’ ’
Trong mdt phang Oxy, cho duong thang A:{ va A’:{x " . Viét phuong
y =

trinh tham s& ctia duong thang d d6i xing véi A’ qua A.

= Loi giai
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f>Dang 3. VJ tri tuong déi cua dudng thdng

— f:‘i; Phwong phap )

Cho cac duong thang A:ax+by+c=0 va A':a'x+b'y+c’ =0.

Khi d6 ta c6 7 =(a;b) va ii'=(a’;b') lan luot la vecto phap tuyén ctia A va A'.
Dé€ xét vi tri twong doi ctia A va A’ trudc hét ta dwa vao cac vecto 7 va 11’ . Cu thé ta co:

(1) A cit A" Khiva chikhi %2, honnitanéa AA'+BB'=0 thi A L A",
a

b’

2) A=A’ khivachikhi £=2-C
a b c

(3) AJ/A" khivachikhi 2=0.¢

a b
(4) Né&u A cat A’ va goi ¢ 1a gdc giita cac duong thang A.A" thi cosgp =|Cos(1_’i; ﬁ')‘ :
Chuay:
(1) Viéc xét vi tri twong ddi ciia A va A’ cling dugc xét qua sd diém chung.
(2) Viéc xét vi tri twong ddi va tinh goéc gitta A va A’ cling duoc thyc hién qua cac

vecto chi phuong.

Vidy 3.1.
Cho ba duong thang: d, :2x+y—1=0, d, :x+2y+1=0, d,: mx—y—7=0. Chttng minh
rang cac duong thang d,, d, cat nhau va tim gid tri ctia tham s8 m dé€ ba duong thang

trén dong quy.

........................................................................................................................................................
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£ Vidy32.
Cho cac duong thang A: 2x+3y-5=0, A":3x-2y—-1=0 va diéva(2;3)

(1) Xét vi tri twong d6i gitta cac duong thang A vaA’
(2) Biét d1a duong thang di qua diém M va tao véi cac dwong thang A, A" mot tam

gidc can. Tinh goc gitta cac duong thang A va d.

w Loi gidi

f vidy3s.
Cho hai duong thang A: (m+3)x+3y—2m+3 =0, A":2x+2y+2-3m=0.Tim gia tri cua

tham s6 m dé:
(1) Puong thang A song song véi A'
(2) Puong thing A cat duong thang A'.
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£ Vidy3.4.
Cho hai duong thang song d, :5x—7y+4=0 va d, :5x -7y +6 = 0. Phuong trinh duong

thang song song va cach déu 4, va d, 1a?
= Loi giai

Vi duy 3.5.

x=9+at

y=7-2t (tER) va duong

X4c dinh tat ca cac gid tri ctia a d& goc tao boi duong thang {

thang 3x+4y—2=0 bang 45°.
= Loi gidi
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f>Dang 4. Khodng cdch to mét diém dén dudng thdng

LAY .
= Phwong phap )
Cho diém M (x,;y, ) va dudng thang A: Ax+By+C=0.

e s g N s 7 , |Ax, + By, +C]|
Khi d9, khoang cach tir diem M dén duong thang A duoc tinh: d (M, A) = .

JA*+ B
4 Vidy 4.
Tim khoéang c4ch tir diém M (1;2) dén duong thang A: 4x+3y-2=0. I

f Vidy 4.2,
Tim nhitng diém nam trén duwong thang A: 2x+y—1=0 va c6 khoang cach dén duong
thang d: 4x+3y—10=0 bang 2.

= Loi giai

{ Vidy 43.
Viét phuong trinh duong thing di qua diém A(1;-3) va c6 khoang cach dén diém
M(2;4) bang 1.

> Loi gidi
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Vidy 4.4.
Trong mat phang Oxy, viét phuong trinh duong thang di qua diém M (2;5) va céch
déu A(-1;2) va B(5;4).
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Luyén tap

A. Cdu héi - Tra 10i trac nghiém

» Cau 1.

» Cau 2.

» Cau 3.

» Cau 4.

» Cau 5.

» Cau 6.

» Cau 7.

» Cau 8.

» Cau 9.

» TOAN TU TAM - 0901.837.432

Trong mit phang Oxy, duong thing (d): ax+by+c=0, (a2 +b? # 0) . Vecto nao sau day
1a mot vecto phap tuyén ctia duong thang (d ) ?

A. fi:(a;—b). B. ﬁz(b;u). C. ﬁz(b;—a). D. ﬁ=(a;b).

Cho duwong thang d c6 mot vecto phap tuyén la 7= (a;b), a,beR. Xét cac khiang dinh
sau:

1. Néu b=0 thi duong thing d khong c6 hé s& goc.

2. Néu b #0 thi hé s6 goc ctia duong thang d 1a %.

3. Puong thang d c¢6 mot vecto chi phueong 1a i = (b; —a) .

4. Vecto ki, keR la vecto phdp tuyén cua d .

C6 bao nhiéu khang dinh sai?

A. 3. B. 2. C. 1. D. 4.

Trong mat phang toa d6 Oxy, cho duong thang d:x—2y+3=0. Vecto phap tuyén ctia
duong thang d la

A.ii=(1-2) B. 7i=(2;1) C. 7i=(-23) D. ii=(1;3)
Cho duong thang (d) :3x+2y—-10=0. Véc to nao sau day la vécto chi phuong cta (d) ?
A.ii=(3;2). B. ii=(3;-2). C.i=(2;-3). D. ii=(-2;-3).
1
Cho duong thang A: N Et mot vecto phap tuyén ctia duwong thang A c6 toa do
y=-3+3t
1
A. (5-3). B. (6;1). C. (5,3) D. (-53).

Trong hé truc toa d6 Oxy, vécto nao la mot vécto phap tuyén cua duong thang

i x=-2—t )
y=-1+2¢

A. ii=(-2;-1). B. ii=(2-1). C.7i=(-12). D. 7i=(12).
Vecto chi phuong ctia duong thang d : {x =i la:

y=-2+3t
A. ii=(-4;3). B. ii=(4;3). C.ii=(34). D. i =(1;-2).
Vector nao dudi day 1a 1 vector chi phuong ctia duong thang song song véi truc Ox:
A.i=(%0). B. i =(L-1). C.i=(11). D. i =(0;1).
Cho duong thang d:7x+3y—1=0. Vecto nao sau day la Vecto chi phuong cta d?
A.i=(7;3). B. ii=(3;7). C.i=(-37). D. i=(2;3).
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» Cau 10.Cho duong thang d: 2x+3y—4=0. Vécto nao sau day la vécto phap tuyén ctia duong
thangd ?
A. i, =(3;2). B. i, =(-4;-6).  C.ii,=(2;-3). D. 7, =(-2;3).

» Cau 11.Cho duong thang d: 5x+3y—7=0. Vecto nao sau day la mot vec to chi phuong ctia
duong thang d?

A. i, =(3;5). B. ii, =(3;,-5). C. 11, =(5;3). D. 7, =(-5;-3).

» Cau 12.Cho duong thang A:x—2y+3=0. Véc to nao sau day khéng la véc to chi phuong ctia A
?
A.ii=(4;-2). B. 5=(-2;-1). C. m=(2;1). D. j=(4;2).

» Cau 13.Cho hai diém A= (1; 2) va B= (5; 4). Vecto phap tuyén ctua duong thang AB 1a
A. (-5-2). B. (1,2). C. (-2:1). D. (-12).

» Cau 14.Cho duong thang d:7x+3y-1=0. Vecto nao sau day la Vecto chi phuong ctia duong
thang d?
A. i=(7;3). B.i=(37). C.i=(-37). D. ii=(2;3).

» Cau 15.Trong mat phéng voi hé toa do Oxy, cho duong théng d:x—2y+1=0. Mot vecto chi
phuong ctia dwong thang d 1a
A ii=(1-2). B.i=(21). C.i=(2;-1). D. i=(3 2).

» Cau 16.Trén mat ph?mg toa do0 Oxy, cho hai diém A(—Z; 3) va B(4; —l). Phuwong trinh nao sau
day la phuong trinh duwong thang AB?

— — =1+3t
A. x+y-3=0. B. y=2x+1 C.x—4:y—l. D.{" .
6 —4 y=1-2t
» Cau 17.Phuong trinh tham s ctia duong thang di qua hai diém A(2; —1) va B(Z; 5) la
x=2t x=2+t x=1 x=2
A. . B. : C. . D. .
Yy =—6t y=5+6t y=2+6t y=-1+6t

» Cau 18.Trong mat phang toa d6 Oxy, cho hai diém A(3 ;—1) va B(—6 ; 2). Phuong trinh nao duwdi
day khong phai la phrong trinh tham s ctia duong thang AB?

x=3+3t x=3+3t x ==3t x=-6-3t
A. . B. . C. ! D. .
y=-1-t y=-1+t y=t y=2+t
» Cau 19.Phuwong trinh tham s8 ctia duwong thang qua M (1,'— ), N (4,' 3) la
x=4+t x=1+5¢ x=3+3t x=1+3t
. . B. . C. . D. .
y=3-2t y=-2-3t y=4+5t y=-2+5t
» Cau 20.Phuwong trinh tham s& ctia dwong thang di qua hai diém A(B; —1), B(—6; 2) la
x=-1+3t x=3+3t x=3+3t x=3+3t
A. . B. : C. . D. .
y=2t y=-1-t y=-6-t y=-1+t

» Cau 21.Trong mat phang toa d9, cho hai diém A(3;O),B(O;2) va duong thang d:x+y=0. Lap

phuong trinh tham s8 ctia dudng thang A qua A va song song véi d .
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xX= X= x=—t x=—t
A. . B. . C. . D. .
y=3-t y=3+t y=3-t y=3+t
» Cau 22.Trong mat phang Oxy cho diém M (1;2). Goi A, B la hinh chiéu cia M 1én Ox,Oy . Viét
phuong trinh duong thang AB.
A. x+2y-1=0. B. 2x+y+2=0. C. 2x+y-2=0. D. x+y-3=0.
» Cau 23.Phuong trinh duong thang d di qua A(l,' —2) va vudng gbéc véi duong thing
A:3x-2y+1=0 la:
A. 3x-2y-7=0. B. 2x+3y+4=0. C.x+3y+5=0. D. 2x+3y—-3=0.
» Cau 24.Cho duong thang d:8x—6y+7=0. Néu duong thang A di qua goc toa d6 va vuong goc
v6i duong thang d thi A cé phuong trinh 1a

A. 4x-3y=0. B. 4x+3y=0. C. 3x+4y=0. D. 3x-4y=0.

» Cau 25.Duong thang di qua diém A(l;ll) va song song véi duong thang y=3x+5 c6 phuong
trinh la
A. y=3x+11. B.y=(-3x+14). C.y=3x+8. D. y=x+10.

» Cau 26.Trong mat phéng v6i hé toa do Oxy, cho ba diém A(3;2) . P(4;0) va Q(O;—Z). Duong
thang di qua diém A va song song v6i PQ c6 phuong trinh tham s6 1a:

x=3+4¢ x=3-2¢ x=-1+2¢ x=-1+2¢
A. . B. - C. . D. .
y=2-2t y=2+t y=t y=-2+t

» Cau 27.Trong mat phang véi hé toa d6 Oxy, cho hinh binh hanh ABCD c¢6 dinh A(—2 ;1) va
\ \ 2 .  Jx=1+4t ‘e \ ~
phwong trinh duong thang chita canh CD la 3 Viét phuong trinh tham so cua
y =
duong thang chira canh AB.
x=-2+3t x=-2-4t x=-2-3t x=-2-3t
A. . B. . C. . D. .
y=-2-2t y=1-3t y=1-4¢ y=1+4t
» Cau 28.Viét phuong trinh tham s6 cua dwong théng d di qua diéfm M (—3;5) va song song voi
duong phéan giac ctia goc phan tu thi nhat.
x=-3+t x=-3+t x=3+t x=5—t
A. . B. . C. . D. .
y=5—t y=5+t y=-5+t y=-3+t
» Cau 29.Viét phuong trinh tham s6 cua duong théng d di qua diém M (4; —7) va song song voi
truc Ox.
x=1+4t x=4 x=—1+t x=t
A. . B. . C. . D. .
y=—1t y=—1+t y=4 y=—7
» Cau 30.Trong mit phang véi hé toa dd Oxy, cho diém I (1; —1) va hai duong thang
d :x+y—-3=0,d,:x—2y—6=0. Hai diém A, B Ian luot thudc hai duong thang d,,d, sao
cho I 1a trung diém ctia doan thang AB. Puong thang AB cé mot vécto chi phuong 1a
A. i, =(32). B. i, =(2;1). C. i, =(3,-2). D. i, =(2-1).
B. Cau hoi — Tra loi diing/sai
» Cau 31.Trong mat ph:?mg toa do Oxy, cho M(l; 2),N(3; —l),ﬁ = (2; —1),ﬁ = (1;1). Khi dé:
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Ménh dé bung | Sai
Phuong trinh téng quat ctia duong thang d, di qua M va cé vecto
(a) . R
phap tuyén 7 la 2x—-y =0
Phuong trinh tham s6 ctia dwong thang d, di qua N va c6 vecto chi
(b) o {x =3+t
phuong u la
y=-1+t
) Phuong trinh tham s6 ctia dwong thang d, di qua N va c6 vecto
© | Shap tuyén 7 1a 2x—y+7=0
Phuong trinh tham s6 ctia dwong thang d, di qua M va cé vecto chi
(d) L {x =1+t
phuong u la .
y=2+t
. \ 2 \ x=1+3¢ gy
» Cau 32.Cho hai duong thang A :x—y+2=0 va A,: e Khi dé:
y =
Ménh dé Pang | Sai
(a) | Duong thang A, c6 vecto phap tuyén 7i = (l; l)
(b) | Puong thang A, c6 vecto phap tuyén la 7i = (1; —3)
. =t
(c) | Phuong trinh tham s6 ctia duong thang A, la {x it
y=e+
(d) | Phuong trinh téng quat cua duong thang A, 1a x—3y—-7=0.
» Cau 33.Trong mat phéng toa d6 Oxy, cho hai diém A(—Z; 2), B(3,' 4). Khi do:
Ménh dé Ping | Sai
(a) | Duong thang ABc6 vecto chi phuong la AB = (2;5)
(b) | Duong thang ABcé vecto phap tuyén la ii = (2; —5)
(c) | Phwong trinh t8ng quat ctia duong thang AB 1a 2x—5y+14=0
Phuong trinh tham s6 ctia duwong thang di qua M (—1; 1) va song
(d) .. L |x=-1+2¢
song voi AB la
y=1+5¢t
» Cau 34.Trong mat phéng toa do Oxy, cho tam gidc DEF cd D(l; —1), E (2,'1),F (3;5). Khi dé:
Ménh dé Dung | Sai

(a)

Puong thang vudng goc véi duong thang EF nhan EFla mot vec to
chi phwong

(b)

Phuong trinh duong cao ké tie D la: x+y =0.

(0

Goi [ la trung diém ctia DF . Toa d9 cua diém I la (2,'2).

(d)

Puong trung tuyén ké tit E ¢6 phuong trinh la: x—2=0..

» Cau 35.Trong mat phang véi hé toa d6 Oxy, cho hinh binh hanh ABCD c¢6 dinh A(—Z ;1) va

x=1+4t

phuong trinh duong thang chita canh CD 1a { . Khi do:
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Ménh dé

Dung

Sai

(@)

Vecto chi phuong ctia duong thang chita canh AB 1a i, = (4 ;3).

(b)

Vecto phap tuyén ctia duong thang chita canh AB laii B = (4 ; 3).

(c)

Phuong trinh tham s6 ctia duong thang chita canh AB 1a
{x =-2+4t

y=1+3t (te]R).

(d)

biém A(-2;1) thude duong thang chita canh CD.

» Cau 36.Cho tam gidc ABC c6 phuong trinh ctia dwong thang BC la 7x+5y—8=0, phuong trinh

cac duong cao ké tir B,C lan luotla 9x—-3y—-4=0,x+y—-2=0. Khi d¢:

Ménh dé Dilng | Sai
(a) | Diém B c6 toa d6 la (%,%j
(b) | Diém C c6 toa dd la (-13).
(c) | Phuong trinh duong cao ké tir A 1a 5Sx—7y—-6=0
(d) | Phwong trinh duong trung tuyén ké tir A la x-13y+4=0.
» Cau 37.Cho tam gidc ABC, biét A(1;3), B(-1;,-1),C(5;-3). Khi do:
M¢énh dé Pung | Sai

(@)

Phuong trinh tong quéat cua duwong thang AB 1a 2x—y+1=0.

(b)

Phuong trinh tham s6 ctia dwong thang BC 1a x+3y+4=0.

(c)

Phuong trinh dueong trung truc canh AB la x+2y—-2=0

(d)

Phuong trinh duong cao AH la 3x+y=0.

» Cau 38.Cho tam gidc MNP cé phuong trinh duong thang chtta canh MN la 2x+y+1=0,

phuong trinh duong cao MK (KeNP) la x+y-1=0, phuong trinh dwong cao
NQ (QeMP) la 3x—y+4=0.Khi dé:

Ménh dé

Ding

Sai

(@)

Piém M c6 toa do 1a (—2,-3).

(b)

Diém N c6 toa d 1a (-1;1).

(c)

Phuong trinh duong thang NP 1a 2x—y+3=0.

(d)

Phuong trinh duong thang MP la: 2x+3y—5=0.

» Cau 39.Cho diém M (3;0) va hai dudng thang d, : 2x—y—2=0, d, : x+y+3=0. Dudng thang A

di qua diém M va cit d,, d, lan lwot tai hai diém A, B sao cho M la trung diém cua
doan thang AB.Khi d¢:

Ménh dé

Dung

Sai

(a)

Toa dd diém A 1—1,9
3 3

(b)

Phuong trinh duong thang A khong di qua diém M (3 ; O)

(0
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(d) | Khong ton tai dudng thang A. | |
» Cau 40.Trong mat phéng Oxy, cho tam gidc ABC c6 toa do cac dinh la A(l,' 2), B(S,' 4), C (2; —1).
Khi do:
M¢énh dé Pung | Sai
(a) | Phuong trinh dwong cao AH c6 dang la x+5y—-11=0.

(b) | Phuong trinh dwong trung tuyén CM c6 dang la x+2=0.
(c) | Phuong trinh duong trung triec ciia doan AB cd dangla x+y+5=0.

Phuong trinh duong phan gidc trong ctia géc A cd dang la

(d) x+y-3=0.

C. Cdu héi — Tra 1oi ngin

» Cau 41.Trong mdt phang Oxy, cho hai diém A(3;,-3),B(5;-1) va duong thang A :2x—y-1=0
. Tinh tong hoanh d¢6 va tung d6 ctia diém M biét M thudc A sao cho tam gidc MAB
cantai M.

= Dién dap so:

» Cau 42.Cho tam gidc ABC c6 M (2;0) la trung diém cta canh AB. Duong trung tuyén va duong
cao ké tir A lan lwot c6 phuong trinh la 7x—2y—-3=0 va 6x—y—4=0. Phuong trinh cta
duong thang AB c6 dang ax+by—4=0 (a;b € N) .Tinh a+b

= Dién dap so:
» Cau 43.Trong mat phéng toa d¢ Oxy, cho ba diém A(—3,' 1), B(l; 3),C (7;1) . Tim toa d0 diém D dé
t& gidc ABCD Ia hinh thang can vdi hai ddy AB,CD.

= DPién dap so:
» Cau 44.Trong mit phang toa do Oxy, cho tam gidc ABC ¢6 A(2;2), B(1;5) va dinh C nam trén

duong thang d:2x-y—8=0. Tim hoanh d6 dinh C, biét rang C c6 tung d6 am va dién
tich tam gidc ABC bang 2.

= Dién dap so:

» Cau 45.Cé bao nhiéu duong thang di qua A(Z;B) va tao v6i duong thang d:2x+y—4=0 mot
gbc bang 45 ?

= Dién dap so:
» Cau 46.Trong mit phang toa &6 Oxy, cho tam gidc ABC. Goi AM, AD Tan luot 1a duong trung

tuyén va duong phan giac trong ctia tam gidc. Cac duong thang AM, AD Tan luot co
phuong trinh la x—y-2=0,y=0. Gid st B(l; 3) . Xac dinh gia tri tung d¢ ctia diém C.

= Dién dap so:
» Cau 47.Trong mat phéng toa d0 Oxy, cho hinh thoi ABCD c6 A(O;Z),B (4; 3), giao diém hai
duong chéo nam trén duong thang A:x—3y=0. Khi d6 c6 bao nhiéu diém C c6 toa do

nguyén?

= Dién dap so:
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x=3+2t

y=-t
M (a;b) thudc dwong thiang A sao cho doan thing AM ngan nhat. Tinh S=a+b.

» Cau 48.Trong mat phang toa dd Oxy, cho duong thang A :{ va diém A(3;10). biém

= Dién dap so:
» Cau 49.Cho hai diém A(3;0) va B(0;4). Tim tung do diém M trén truc Oy sao cho B nam gitta

O va M dbng thoi dién tich tam gidc MAB bang 1? Két qud lam tron dén hang phiin muwoi.

= Dién dap so:
» Cau 50.Mot chiéc Pha chd khach qua sdng tir diém A(3;4) dén diém B (3 ;50) bén kia song.

Nhung vi ¢6 gié va nudc chay manh nén chi€c Pha qua bén kia song tai diém C (38 ;50).
GOc léch cta con thuyén véi luc du tinh ban dau 1a bao nhiéu d6? Két qud lam tron dén hang
don vi.

= Dién dap so:

Hét
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PHUONG TRINH DUONG TRON

of LY thuyét

1. Phuong trinh dudng tron

{?‘:1 Dinh nghia Vectad chi phuong:
B Phuong trinh dwong tron (C ) co tam [ (a;b) ban kinh R
Dgng 1. Phuong trinh: (x—a)2 +(y - b)2 =R’
Dang 2. Phuong trinh: x° +y* —2ax—2by +c =0 véi a’ +b’ —c >0 la phuong trinh
duong tron tam I (a; b) bén kinh R =’ +b> —c.
2. PhUdng trinh tiép tuyén cva dudng tron

-

3«_;-1 - Phuong trinh ti€p tuyén tai M, thudc (C)

«..

2 Vit phuwong trinh tieh tuyén (D) wdi (C) tai dieim M, &(C) vl

Buoc1. Tim toa d6 tam I cua (C) M (z;y)

qua M,
VTPT :7i = IM,

Co6 dang (a—xo)(x—x0)+( )(y yo) 0 o 7

Budc 2. Tiép tuyén la duwong thang { Mo(=0; yo)

0

8Y

:@

:_,.1 Phuang trinh ti€p tuyén tai Mo khdng thudc (C)
-;*-*‘“ Viét phwong trinh tiép tuyén ( ) voi (C ) tai diém M, g (C )
Buoc1. Tim toa d6tam I caa (C)
Budc 2. Tiép tuyén la duong thing di qua M, nén c6 dang a(x-x,)+b(y—y,)=0
Butc3. Tiép tuyén tiép xtic véi (C) = d(I;(D))=R ().
Giai (*) tim duoc mdi lién hé gitta a&b . Chon a&b phu hop dé két luan.

-

=" Phudng trinh ti€p tuyén song song vdi dudng théng

i’*—“Vzét phwong trinh tiép tuyén (D) v0i (C) biet (D) song song vdi (D]) :Ax+By+C=0
Buoc1. Timtoa dotam I cua (C ) .
Budc 2. Tiép tuyén //(D,): Ax+By+C =0 nén cé dang Ax+By+C'=0 (C'=C)
Budc3. Tiép tuyén tiép xtic véi (C) = d(L;(D))=R ().

Giai (*) tim dwoc C' so voi diéu kién dé két luan.
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f 6&2

—a‘ Phu‘dng trinh ti€p tuyén vudng géc véi dusng thdng
= Vit phwong trinh tiép tuyén ( ) voi (C) biét ( ) vuodng goc voi (Dl ) :Ax+By+C=0
Buoc1. Tim toa dotam I cua (C)

Budc2. Tiép tuyén L(D,): Ax+By+C =0 nén c6 dang Bx—Ay+C'=0

Bucdc 3. Tiép tuyén ti€p xuc voi (C) = d(I;(D)) =R (*) :
Giai (*) tim dwoc C' so voi diéu kién dé két luan.
3. Vi tri tuong doi

{6? Gilfa dudng théng & dudng tron

== Cho (D): Ax-+By+C =0 vi duong tron (C): (x=a) +(y—b)’ =R® tim I(a;b)
v (D)n(C)={M;N} < d(I;(D))<R
v (D)n(€)={M} = d(L;(D))=R
v (D)n(C)=2 <d(I;(D))>R

ik Gilra dudng tron & dudng tron

aluﬂ

{ =~=Cho dwong tron (CI) cd tdm 1, ban kinh R, va duwong tron (Cz) cé tam I,, ban kinh R,. Gid
siw R >R, . Ta co:

v Hai duwong tron tiép xtic < I |1, = ‘R + Rz‘

v Hai duong tron cat nhau R, - R, <1, <R, +R,
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0éCdc dang bai tap
—

~-Dang 1. Nh@n dién phuong trinh dudng tron - tim tadm & bdn kinh

— . Phuong phip ),
Phwong trinh duong tron (C ) co tam [ (a;b) ban kinh R

Dang 1. Phuong trinh: (x— a)2 +(y- b)2 =R’

» Tim tdm: 1ay hé s0 tu do trong ngodc +—1.

» Tim bdn kinh: R =.[ve phai .

Dang 2. Phuwong trinh: x* +y° —2ax—2by+c=0

» Tim tdm: 1ay hé s6 trudc x/y +-2.
» Tim bdn kinh: R=+a’+b’—c.
» Diéu kién: a+b'—c>0.

4 vidya.

Trong cac phuwong trinh sau, phiong trinh nao la phuwong trinh dwong tron? Tim tam

va ban kinh néu cd.
(1) ¥*+y*+2x—4y+9=0 (1) (2) x* +y* —6x+4y+13=0 (2)
(3) 2x° +2y° —6x -4y —1=0 (3) 4) 2x° +y* +2x -3y +9=0 (4)
= Loi gidi
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fvidy12.
Cho phuong trinh x° +y* —2mx—4(m—-2)y+6-m=0 (C,)

(1) Tim diéu kién cua m d€ (C, ) la phwong trinh dudng tron.

m

(2)Néu (C,,) 1a phuong trinh dudng tron hay tim toa d6 tdm va ban kinh theo m

= Loi giai

[ vidy1s,
Cho phuong trinh dwong cong (C,,): x>+ +(m+2)x—(m+4)y+m+1=0

(1) Chttng minh rang (Cm) la phwong trinh mot duwong tron.
(2) Tim tap hop tdm cac duong tron khi m thay d6i.
(3) Ching minh khi m thay d6i ho cac duong tron (C,, ) ludn di qua hai diém ¢ dinh.
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f~Dang 2. Viét phuong trinh dudng tron

— f:‘i? Phuwong phdp )
= Cach1:

» Tim toa do tam I(a; b) cta duong tron (C)

» Tim ban kinh R ctia duong tron (C )
» Viét phuong trinh ctia duong tron (C ) theo dang (x = a)2 +( Y —b)2 =R’.
* Cach 2:

X +y* +2ax+2by+c=0).

» Ttr diéu kién cua dé bai thiét 1ap hé phuong trinh véibaanla a, b, c.

» Giai hé d€ tim a, b, ¢, tt d6 tim duoc phuong trinh ctia duwong tron (C ) .
* Chuy:

» Cho duong tron (C) c6 tam I va bankinh R, diém Ae (C) < IA=R.

» (C) ti€p xuc voi duong thang A tai A < IA=d(I,A)=R.

» (C) ti€p xtic véi hai duong thing A va A, < d(I,A))=d(I,A,)=R.

2

» (C) cat dwong thang A, theo day cung cé d6 dai a < [d(I,AS)]Z +% =R’.

» Gia st phwrong trinh ctia dudng tron (C) 1a x* +y* —2ax—2by +c = 0 (hodc dang

{ Vidy 21
Viét phrong trinh duong tron ¢6 tam [ (3;—5) ,ban kinh R=2

[ vidy22

Viét phuwong trinh duong tron trong mdi truong hop sau:
(1) C6 tamI(1;-5) va di qua O(0;0).
(2) Nhan AB lam dudng kinh véi A(1;1), B(7;5).
(3) bi qua ba diém: M(—2;4), N(S;S), P(6; —2)
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4 Vidy 23.

Viét phuwong trinh duong tron (C) trong mdi trieong hop sau:

(1) (C) c6 tam I(—1;2) va tiép xtc véi duong thang A:x—2y+7=0
(2) (C) di qua A(Z; —1) va tiép xtc vodi hai truc toa do Ox va Oy
(3) (C) c6 tam nam trén duong thang d:x—6y—10=0 va tiép xtc véi hai duong
thang c6 phuong trinh d, :3x+4y+5=0 va d, :4x-3y—5=0
= Loi giai
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1> Dang 3. Vi tri tuong doi gita dudng tron & dudng thdng

— ;‘&' Phuong phap ) N

Cho duwong thang: A:ax+by+c=0 va duong tron (C) co tam I(xo; yo),bén kinh R.
Puong thing A va duong tron (C ) 6 ba vi tri twong doi.
Hudng xtt ly: so sanh d(I A) va R.

(1) Puong thang A va duong tron (C) c6 hai diém chung, tandi A va (C) cat nhau.

/ \ N d(1,4)- —‘”x\/:bTy;jc‘

(2) Puong thing A va duong tron (C) o6 mét diém chung, tandi A tiép xiic (C).
Puong thing A con digc goi li tiép tuyén cia duong tron (C).

Ad([ A) w

; Va' +b’

H
(3) Puong thing A va dudng tron (C) khéng cd diém chung nao, tandi A va (C) khong cat

nhau.
A a(i8)= ottt
Va’ +b’
A
H

.

/N Chii f:

* Xx=xo+at o . .. ~e o
#  Khi duong thang A cho boi phuong trinh tham s3 s . Dé xét vi tri trong doi voi

Y=Yo

dwong tron (C ) ta c6 thé lam hai cach:
(1) Tu phuong trinh tham s& chuyén vé phwong trinh tdng quat, xét vi tri twong ddi giéng
nhu trén.
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(2) Th& phuong trinh tham s6 vao phuong trinh ctia duong tron (C) ta dwoc phurong trinh
bac hai ¢ an ¢, ki hiéu phuong trinh (*) )
» Phuong trinh (*) v6 nghiém. Tanéi A va (C) khong cat nhau.
» Phuong trinh (*) c6 mét nghiém. Tandi A tiép xiic voi (C)
» Phuong trinh () ¢é hai nghiém. Tanéi A va (C) cit nhau.
#  Khi duong thang A cho boi phuong trinh tdng quat A:ax+by+c=0, d& xét vi tri tuong ddi
ctia A va duong tron (C):x* +y? + 2Ax+2By +C =0, nguoi ta xét hé phwong trinh:
{ax+by+c=0 (*)
x> +y? +2Ax+2By+C=0
» Hé (*) vé nghiém. Tandi A va (C) khong cat nhau.
» Hé (*) cé mét nghiém. Tandi A tiép xiic véi (C).

» Hé (*) c6 hai nghiém. Tanéi A va (C) cat nhau.

d vidy 3.
Cho duwong thang A:x—2y+5=0 va duong tron (C) : (x— 2)2 +y° =4.Xét vi tri twong
ddi ctia A va (C).

4 vidy 3.2

x:_s_zt \ \ \ 2 2 7 . 7
va dudng tron (C):x* +y° —4x+2y=0. Xét vi tri

Cho duong thing A:{

twong doi ciia A va (C)
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4 vidy 33.

x =4t

y=2+2t va duong tron (C):(x—?a)2 +(y—1)2 =10. Xét vi tri

Cho duong thang A :{
twong ddi ciia A va (C ), tim toa d¢ giao di€m néu co.

w Loi gidi

4 Vidy3.4.
Cho duodng thiang A:6x+8y—1=0 va dudng tron (C):x° +y’ —2mx+4y+m’ -5=0.
Tim m d&€ A cit (C).

........................................................................................................................................................
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Viduy 3.5.
Cho duong tron (C):x*+y’ —2x+4y—-4=0 c6 tam I va duong thang
A:\Ex+my+l—\/5=0

(1) Tim m d€ dwong thang A cit dwong tron (C) tai hai diém phan biét A, B

(2) Tim m dé dién tich tam gidc IAB 1a 16n nhat
= Loi giai
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Cho dwong tron (C ) cétam [ , ban kinh R va duong tron (C ’) co tam I’ ban kinh R’

(1) Néu II' > R+ R’ suy ra hai duong tron khéng cdt nhau va 8 ngodi nhau.

(2) Néu I <|R + R|suy ra hai dudng tron khong cdt nhau va Iéng vao nhau.

(3) Néu II'=|R - R'| suy ra hai duong tron ti€p xUc trong véi nhau.

(4) Néu |R - R’| < II' < R+ R’suy ra hai duwong tron cdt nhau tai hai diém phan biét.

£ Vidy 4.,
Trong mat phang Oxy, cho hai duong tron (C):x2+y2—2x—6y—15=0;

(C ') :x” + 1y’ —6x—2y-3=0. Chttng minh rdng hai duong tron cat nhau tai hai diém
phan biét A,B.
= Loi giai
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Vidu 4.2.
Trong mat phang Oxy, cho hai duong tron (C):x2+ y'=1 wva

(C,): X +y* =2(m+1)x—4my—-5=0.Xac dinh m (C)dé (C,) ti€p xtc véi (C)

= Loi gidi

4 Vvidy 43.
Cho duwong tron (C):x2+y2—2x+4y—4:0cé tam [ va duong thang

A:\/Ex+my+1—\/5:0
(1) Tim m d€ duong thang A cit duong tron (C) tai hai di€m phéan biét A, B.
(2) Tim m d€ dién tich tam gidc IAB 14 16n nhat .
= Loi gidi
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f~Dang 5. Tiép tuyén cua dudng trén

— ;_,.é Phuwong phdp )

& Viét phwong trinh tiép tuyén (D) vdi (C) tai diéim M, €(C)

Budc1. Tim toa do tam I cua (C).

qua M,

VIPT :ii=IM,
& Viét phuwong trinh tiép tuyén (D) v6i (C) tai diéim M, g (C)

Budc2. Tiép tuyén la duong thang {

Buoc1. Tim toa d6tam I caa (C) .
Budc 2. Ti€p tuyén la dudong thing di qua M, nén ¢ dang a(x-x,)+b(y—-y,)=0
Budc 3.  Ti€p tuyén tiép xtc véi (C) < d(I;(D)) =R (*).

Giai (*) tim dwgc mdi lién hé gitta a&b . Chon a&b pht hop d€ két luan.

4 Vidy5..

Viét phuwong trinh tiép tuyén cua duong tron (C):(x—2)2+(y+3)2 =5 tai diém
M(B;—l).

4 vidys.2.
Cho duwong tron (C) c6 phuong trinh x°+y° —6x+2y+6=0 va difm hai diém

A(1;-1); B(1;3)

(1) Chting minh rang diém A thudc dwong tron, diém B ndm ngoai duong tron.
(2) Viét phuong trinh tiép tuyén ctia (C) tai diém A.
(3) Viét phuong trinh tiép tuyén ctia (C) ké tir B.

w. Loi gidi
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{ Vidy53.
Cho duong tron (C,, ): x* +y* +2(m—1)x—2my —4=0. Biét rang khi m thay ddi, dudng

tron (Cm) ludn di qua diém I ¢d dinh c6 hoanh d6 duwong. Tim gia tri ca m sao cho

ti€p tuyén cua dudng tron (C, ) tai I song song véi (d):x—2y-1=0.

m

= Loi giai
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{vidyss.
Viét phuong trinh tiép tuyén A cia duong tron (C):x’+y* —4x+4y—1=0 trong
truong hop:
(1) Puong thang A vudng gdc v6i duong thang A':2x+3y+4=0
(2) Drong thing A hop véi truc hoanh mot goc 45
= Loi gidi
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Vidu 5.6.
Chuyén dong ctia mot vat thé trong khoang thoi gian 180 phat duogc thé hién trong
mat phéng toa d6. Theo d¢, tai thoi diém t(OStS 180) vat thé ¢ vi tri cd toa do

(2+ sint”; 4+ costo) .
(1) Tim vi tri ban dau va vi tri két thiic cia vat thé.
(2) Tim quy dao chuyén dong ctia vat thé.
w Loi gidi
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(c il
Luyén tap

A &
A. Cdu héi - Tra 10i trac nghiém
» Cau 1. Trong mit phang Oxy, phuong trinh nao sau day la phuong trinh ctia duong tron?

A. x* +2y* —4x—-8y+1=0. B. x* +y* —4x+6y-12=0.

C. x*+y*—-2x-8y+20=0. D. 4x* +y®-10x—6y—2=0.
» Cau 2. Phuong trinh nao sau day la phuwong trinh cua duong tron?

A. 2x* +y*—6x—6y—-8=0. B. x* +2y® —4x-8y-12=0.

C. x* +y*—2x—8y+18=0. D. 2x* +2y° —4x+6y-12=0.

» Cau 3. Tim tat ca cic gia tri ctia tham s6 m d€ phuong trinh x° +y° — Z(m + 2)x+ 4my+19m—-6=0

la phuong trinh dwong tron.
A. l<m<?2. B. m< -2 hoac m>-1.
C. m<—-2 hoac m>1. D. m<1 hoac m>2.
» Cau 4. Cho phuong trinh x*+y®—2mx—4(m-2)y+6-m=0(1). Diéu kién cua mdé€ (Jla

phuong trinh ctia dwong tron.

m<1 m=1
A.m=2. B. : C.l<m<2. D. g
m>2 m=2
» Cau 5. Trong mat phang Oxy, dudng tron (C):x* +y° +4x+6y—12=0 c6 tam la.
A. I1(-2;-3). B. 1(2;3). C. I(46). D. I(-4;-6).
» Cau 6. Duong tron x? +y? —10y —24 =0 c6 ban kinh bang bao nhiéu?
A. 49. B.7. C.1. D. v/29.

» Cau 7. Tim toa do tam I va ban kinh R cua duong tron (C): X’ +y? —2x+4y+1=0.
A.I(-L2);R=4.  B.I(L-2);R=2. C.I(-32);R=+5. D.I(}-2);R=4.

» Cau 8. Trong mat phang Oxy, cho dudng tron (C) ) (x— 2)2 +(y+3)2 =9. Puong tron co tam va

ban kinh la
A. 1(2;3), R=9. B.1(2-3),R=3. C.I(-32),R=3. D.I(-23),R=3.
» Cau 9. Phwong trinh duong tron c6 tam [ (1;2 vabankinh R=51a
A. x*+y*-2x—4y—-20=0. B. x*+y*+2x+4y+20=0.
C. x*+y*+2x+4y—20=0. D. x* +y*—2x—4y+20=0.
» Cau 10.Duong tron (C) di qua hai diém A(l;l), B (5; 3) va cé tam I thudc truc hoanh c6 phwrong
trinh la

A. (x+4) +y?=10. B.(x-4) +y?=10. C.(x—4) +y’=+10.D. (x+4) +y?=+/10.

» Cau 11.Trong mat ph:fmg voi hé toa do Oxy, tim toa do tam I cua duong tron di qua ba diém
A(0;4), B(2;4), C(2;0).
A. I(11). B. 1(0;0). C. I(12). D. 1(1,0).
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» Cau 12.Cho tam gidc ABC c6 A(l; —1),B (3;2), C (5; —5). Toa d6 tAm duong tron ngoai tiép tam

giac ABC la
B.|47.13) c-4. Bl p [ 4.1}
10°10 10" 10 10710

» Cau 13.Lap phuong trinh duong tron di qua hai diém A(3;0),B (0;2) va co tam thudc duong
thang d:x+y=0.

2 2 2 2
A. (x—lj +(y+l] 13. B. (x+lj +(y+1] :E.
2 2 2 2 2 2
2 2 2 2
C. x—1 + y—1 :E. D. x+1 + y—l :E.
2 2 2 2 2 2

» Cau 14.Cho tam gidc ABC biét H (3; 2) , G(g ,gj lan luwot 1a trye tdm va trong tam cta tam gidc,

duong thang BC ¢ phuong trinh x+2y—2=0. Tim phuong trinh dwong tron ngoai tiép
tam gidc ABC?

A. (x+l)2+(y+l)2:20. B. (x—2)2+(y+4)2:20.

C. (x-1)" +(y+3) =1. D. (x-1) +(y-3) =25.

» Cau 15.Trong mat phang toa do Oxy, phuong trinh ctia duong tron cd tam 1a gdc toa do O va
tiép xtc véi duong thang A: x+y—-2=0 la
A xX*+y?=2. B. x*+y7 =2
C. (x-1) +(y-1)" =+2. D. (x-1) +(y-1) =2.

» Cau 16.Trong mit phang toa dd (Oxy), cho duong tron (S) c6 tam [ nam trén duong thang
y=—x, ban kinh R=3 va ti€p xtc véi cdc truc toa d¢. Lap phuong trinh ctua (S), biét
hoanh d¢ tam I la s6 duong.

A. (x-3) +(y-3) =9. B. (x-3) +(y+3) =9.
C. (x-3) ~(y-3) =9. D. (x+3) +(y+3) =9.

» Cau 17.Mot duong tron co tam [ (3 ; 4) tiép xtc véi duong thang A :3x+4y—10=0. Héi ban kinh

duong tron bang bao nhiéu?

A.E. B. 5. C. 3. D.E.

3 5
» Cau 18.Trong hé truc toa do0 Oxy, cho diém I (1;1) va duong th:fmg (d):3x+4y—2 =0. buong

tron tm I va tiép xtic v6i duwong thing (d) 6 phuong trinh

A. (x-1) +(y-1) =5. B. (x-1) +(y-1) =25.
C. (x-1) +(y-1) =L. D. (x-1) +(y-1) :%.

» Cau 19.Trén hé truc toa do6 Oxy, cho duong tron (C) cé tam [ (—3; 2) va mot tiép tuyén cta no co

phuong trinh la 3x+4y—-9=0. Viét phuwong trinh ctia dwong tron (C).
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A. (x+3) +(y-2) =2. B. (x-3) +(y+2) =2.
C. (x=3) +(y-2) =4D. (x+3) +(y-2) =4.

» Cau 20.Trén mat phéng toa d¢ Oxy, cho cac diém A(S ;0) va B(O ;4). Puong tron ndi tiép tam
giac OAB c6 phurong trinh
A x*+y? =1 B. X’ +y° —4x+4=0.

C. x’+y’=2. D. (x-1) +(y-1) =1.

» Cau 21.Trong mat phang véi hé toa d6 Oxy, cho duong tron (C) :x’+y° —2x—4y+3=0. Viét
phuong trinh tiép tuyén d cua duong tron (C) biét tiép tuyén d6 song song véi duong
thang A:3x+4y+1=0.

A. 3x+4y+5\2-11=0; 3xr+4y-5J2+11=0.
B. 3x+4y+5y2-11=0, 3x+4y-52-11=0.
C. 3x+4y+5v2-11=0, 3x+4y+5J2+11=0.
D. 3x+4y—5v2+11=0, 3x+4y—5v2-11=0.

» Cau 22.Cho dudng tron (C):x* +y° —2x—4y—4=0 va diém A(15). Puong thing nao trong céc
duong thang dudi day 1a tiép tuyén cua duong tron (C ) tai diéfm A.

A. y-5=0. B. y+5=0. C. x+y-5=0. D. x-y-5=0.

» Cau 23.Cho dudng tron (C):x” +y° —4=0 va diém A(-12). Dudng thang nao trong céc duong
thang dwdi day di qua A va la tiép tuyén ctia drong tron (C ) ?

A. 4x-3y+10=0. B. 6x+y+4=0. C. 3x+4y+10=0. D. 3x-4y+11=0.

» Cau 24. Trong mat phang Oxy, cho duong tron (C ) : (x —1)2 + ( Y- 4)2 = 4. Phuong trinh tiép tuyén
voi duong tron (C ) song song véi duong thang A:4x—3y+2=0 la
A. 4x—-3y+18=0. B. 4x—-3y+18=0.

C. 4x-3y+18=0;4x-3y-2=0. D. 4x-3y-18=0;4x—-3y+2=0.

»Cau 25.56 tiép tuyén chung cta 2 duwong tron (C):x’+y’—2x+4y+1=0 va
(C):x*+y* +6x—8y+20=0 la
A. 1. B. 2. C. 4. D. 3.

» Cau 26.Viét phuong trinh tiép tuyén ctia duwong tron (C):(x—2)° +(y +4)* =25, biét ti€p tuyén
vudng goc véi duong thang d:3x—4y+5=0.

A. 4x+3y+29=0. B. 4x+3y+29=0 hodc 4x+3y—-21=0.
C. 4x-3y+5=0 hodc 4x-3y—-45=0 D. 4x+3y+5=0 hoac 4x+3y+3=0.

» Cau 27.Trong mat phéng voi hé truc toa d0 Oxy, cho hai dwong tron (Cl),(Cz) c6 phuong trinh
lan lwot 1a (x+1)% +(y+2)* =9 va (x—2)? +(y - 2)? = 4. Khang dinh nao dudi day la sai?
A. Duong tron (Cl)cé tam I, (—1; —2) va ban kinh R =3.

B. Duong tron (C,) ¢ tam 1,(2;2) vabén kinhR, =2.
C. Hai duong tron (Cl),(Cz) khong c6 diém chung.
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D. Hai duong tron (Cl),(Cz) tiép xtc véi nhau.

» Cau 28.Trong mat phang véi hé truc Oxy, cho hai duong tron (C ) : (x —1)2 +y°=4 va
(C') : (x—4)2 +(y—3)2 =16 cat nhau tai hai di€m phan biét A va B. Lap phuong trinh
duong thang AB
A. x+y-2=0. B. x-y+2.=0 C. x+y+2=0. D. x-y-2=0.

» Cau 29.Cho duong thang A:3x—4y—19=0 va duong tron (C) :(x—l)2 +(y—1)2 =25. Biét duong
thdng A cdt (C) tai hai di€m phan biét A va B, khi d6 d6 dai doan thang AB la
A. 6. B. 3. C.4. D. 8.

» Cau 30.Trong mat phang toa dd Oxy cho duong tron (C ) cd tam [ (1; —1) ban kinh R=5. Biét
rang duong thang (d) :3x — 4y +8=0 cat duong tron (C ) tai hai diém phéan biét A, B. Tinh
do dai doan théng AB.

A. AB=8. B. AB=4. C. AB=3= D. AB=6.

» Cau 31.Cho duong tron (C):x*+y? —2x—4y—4=0 va diém M(2;1). Day cung ctia (C) di qua
diém M c6 d6 dai ngan nhat la
A.6. B. 7. C. 37. D. 24/7.

» Cau 32.Trong mat phang toa d6 Oxy, cho hai diém A(0; —3), B(4;1) va diém M thay d6i thudc
duodng tron (C): x*+ ( y —1)2 =4.Goi P_. la gid tri nho nhat cta biéu thiec P=MA+2MB
.Khidé taco P thudc khoang nao duwdi day?

A. (7,7;8,1). B. (7,3,7,7). C. (8,38,5). D. (8,1;8,3).
» Cau 33.Trong mit phang Oxy, cho di€m M ndm trén dudng tron (C):x°+y° +8x—6y+16=0.

Tinh &0 dai nho nhat cia OM ?
A. 3. B. 1. C. 5. D. 2.

» Cau 34.Goi I 1a tam cuia duong tron (C) :(x—l)2 +(y—l)2 =4. 508 cac gid tri nguyén cia m dé€
duong thang x+y—-m=0 cat duong tron (C ) tai hai diém phéan biét A, B sao cho tam
giac IAB c6 dién tich 16n nhat la
A. 1. B. 3. C. 2. D. 0.

» Cau 35.Diém ndm trén dudng tron (C):x*+y? —2x+4y+1=0 c6 khoang cach ngan nhat dén
duong thang d:x-y+3=0 c6 toa do M(a;b). Khang dinh nao sau day dang?
A.\2a=-b. B.a=-b. C.\2a=b. D.a=b.

B. Cau hoi — Tra loi ding/sai

» Cau 36.Cho duong tron (C) : (x—l)2 +(y+ 2)2 =4.Khi do:

Ménh dé Dung | Sai

(a) | Pudng tron (C) ¢6 tam 1a I(-2).

()
()
()
(©)

C
(d) | Puong tron (C) c6 duwong kinh bang 4.

(b) | Puong tron cO ban kinh R=4

(¢c) | Puong tron di qua diém A(l; 2).
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» Cau 37.Cho (C):(x~1) +1% =10; va diém A(4;1). Khi do:

Ménh dé

Dung

Sai

(a)

Diém Ae (C).

(b)

Puong kinh ctia duong tron (C ) bang 10 .

(c)

Phuong trinh tiép tuyén ctia dwong tron (C ) tai diém A(4,' 1) co
vecto phép tuyén la 7i=(3; 1) .

(d)

Phuong trinh tiép tuyén ctia dwong tron (C ) tai diém A(4;1) di qua
diém N(4;3).

» Cau 38.Cho dudng tron (C) c6 tam I(—1;2) va tiép xtic véi duwong thang A:x—2y+7 =0. Khi dé:

Ménh dé

Pung

Sai

(a)

3

5

d(1,A)

(b)

Puong kinh ctia duong tron c6 d6 dai bang %
5

(c)

Phwong trinh duong tron la (x +1)2 + (y - 2)2 = %

(d)

biém O(O;O) nam bén trong duong tron (C )

» Cau 39.buong tron (C ) di qua A(Z; —1) va tiép xtc véi hai truc toa d6 Ox va Oy . Khi dé:

Ménh dé

Dung

Sai

(@)

Tam cta (C) c6 dang I(R;—R), R 1a ban kinh dudng tron (C)

(b)

R*=(R-2) +(R-1)

(c)

C6 2 duong tron thoa man

(d)

Téng bén kinh cc duong tron thoa man bang 5

» Cau 40.Dudng tron (C) di qua hai diém A(2;3), B(-L1) 6 tim thude A:x—3y—-11=0. Khi

Ménh dé

Ding

dé:
Sai

(a)

Tam cta duong tron (C) la I(?;—%)

(b)

Puwong kinh cia dwong tron (C ) bang 65

(c)

biém O(O;O) nam bén trong duong tron (C )

(d)

» Cau 41.Pbuong tron (C) di qua hai diém A(1;2),B(3; 4) va tiép xtc A:3x+y—-3=0.

Puong tron (C) di qua diém N (0; 2)

Ménh dé

Khi d¢:
Dung

Sai

(a)

IB=d(I,A)

(b)

Tong duong kinh ctuia cac duong tron (C ) bing: 2410

(c)

» TOAN TU TAM - 0901.837.432
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(d) ‘ biém N (1; O) nam trén it nhat mot duong tron (C ) ‘ ‘
» Cau 42.Cho duong tron (C) c6 phurong trinh x* +y? —6x+2y+6=0 va hai diém A(1;,-1), B(13)
. Khi do:
Ménh dé bung | Sai

(a) | Biéfm A thudc duong tron

(b) | Difm B nam trong duong tron

(c) | x=1 phuong trinh tiép tuyén ctaa (C) tai diém A

Qua B ké duoc hai ti€p tuyén véi (C) c6 phuong trinh la: x=1;
3x+4y-12=0

» Cau 43.Duong tron (C) di qua ba diém A(2;0),B(O; —3),C(5; —3). Khi dé:
M¢énh dé Pung | Sai
(a) | Puong kinh ctia dwong tron (C) bang \/%

(d)

(b) | Hoanh d¢ cta tam dwong tron (C ( ) bang ——

30)

(d) | Goi I 1a tam ctia dudng tron (C) khi d6 d6 dai doan I0=5v2

(c) | Puong tron (C) di qua diém N

» Cau 44.PDuong tron (C ) di qua diém A(—Z; 6) va tiép xtc véi duong thang A:3x—4y-15=0 tai
B(1,-3). Khi d¢:

Ménh dé Pung | Sai

(a) | Puong kinh ctia dwong tron (C) bang 10

(b) | Tam cua dwong tron (C ) c6 tung dd bang —2

(c) | Khoang cach tir tam ctia dwong tron (C ) dén duong thang A béng 4

(d) | Biém O(O;O) nam bén trong duong tron (C)
» Cau 45.Trong mat phang Oxy, cho hai diém I (—2;3) va diém M (2; 5) va hai duwong thang
=t
d:12x-5y+13=0 va A: {x . Cac ménh dé sau ding hay sai?
y=-
M¢énh dé Dung | Sai
(a) | Buong tron tam I va di qua M c6 ban kinh R = 25
DPuong tron tam I va di qua M c6 phueong trinh
(x+2) +(y-3) =10.
Duong tron tdm I va tiép xtc duong thang d c6 phuong trinh
(x+2) +(y-3) =4.

(b)

(c)

? - t
Phuong trinh duong tron c6 tam thugc dwong thang A: {x va di
(d)

qua hai diém I va M la: (x+4)2+(y—4)2 =85.

C. Cau héi - Tra 1oi ngin
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» Cau 46.Trong mat phang toa dd Oxy, ban kinh ctia dudng tron tdm [ (5; 6) va tiép xuc voi duong
thang d:3x—4y—6=0 bang bao nhiéu?

= Dién dap so:
» Cau 47.Trong mat phéng toa d0 Oxy, vi trl cia mot chat diém K tai thoi diém #(0<t<180) c6

toa do la (3 +2cost ;4+2sint ) Quy dao chuyén dong cuia chat diém K cé phwong trinh

dang (x —3)2 +(y - 4)2 =a . Gid trj cia a bang bao nhiéu?

= Dién dap so:
» Cau 48.Co bao nhiéu duong tron (C ) di qua A(l,' 1) va tiép xuc véi 2 truc toa d6?

= Dién dap so6:

» Cau 49.Co bao nhiéu duwong tron (C ) c6 tam nam trén duong thang d:x—6y-10=0 va tiép xic

v6i hai duong théng ¢ phuong trinh d, :3x+4y+5=0 va d, : 4x—3y—5=0.

= Dién dap so:
»Cau50.C6 bao nhiéu gid tri nguyén cua tham s6 me[-10;10] d€ phuong trinh

x* +y? —2(m+2)x+4my +19m—6 =0 la mét phuong trinh dwong tron.

= Dién dap so:

» Cau 51.Cho duwong tron (C ):x? +y? +2x—4y—4=0. Xdc dinh gi trj ctia tham s& m d€ qua diém
A(2;m) chi c6 mot tiép tuyén véi (C).

= Dién dap so:

» Cau 52.Cho duong tron (C) : (95—6)2 +(y—7)2 =25. C6 bao nhiéu duong thang d tiép xtc véi

duong tron (C ) va song song v6i duong thang A:x+2y—5=0.

= Dién dap so:

» Cau 53.Trong mat phang toa d6 Oxy, cho hai diém A(Z; 0) va B(6; 4). Biét rang c6 hai duong
tron ti€p xdc véi truc hoanh tai diém A va khoang cach ttr tam ctia hai duong tron ay dén
diém B bang 5. Tinh tong duong kinh ctia hai dwong tron da cho.

= Dién dap so:

» Cau 54.Cho duong tron (C) : (x—2)2 +1° :g va cdc duong thang d,: x—y =0, d, : x—7y=0. Tinh

ban kinh dwong tron (C ') c6 tim I nam trén duong tron (C ) va tiép xtc véi d,, d, .

= Dién dap so:
» Cau 55. Phuong trinh dudng tron (C) 6 tam B(L;1) va cit d:3x+4y+8=0 tai M,N thoa man
MN =8 c6 duong kinh bang bao nhiéu?

= Dién dap so:
Het
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BA DUGNG CONIC

Ly thuyét

1. Elip
B}
{:r Dinh nghia:

\“2-7Cho hai diém phan biét F, va F,. Dat FF, =2c>0.
»  Tap hop tdt ca diém M thoa MF, + MF, =2a, véi a>c >0 1a mot elip.
Phwong trinh Elip:

» Trong mat phéng Oxy, cho F, (—c ;0), E, (c ;0) (hai tiéu diém thudc truc hoanh).

» Véi b* =a’ - ¢?, ta c6 phuong trinh elip c6 dang;: §+‘Z—j =1,v6ia>b>0.
Tw hinh bén ta co:

» Truclédn A A, =2a; Trucbé BB, =2b;

» Tiéucw EF,=2c vaa’=b"+c’.

» Toa dd dinh A (—a;O),A2 (a;O),Bl(O;—b), B, (O;b) )
»  Tiéu diém F (—c;0), F,(c;0).

2. Hypebol
e
=" Dinh nghia:

“227Cho hai diém phan biét F va F,. Dit FF, =2c>0.
»  Tap hop tat ca di€m M thoa |MF, — MF,|=2a, v6i 0 <a <c la mot hypebol.
Phwong trinh Hypebol:
»  Trong mat phang Oxy, cho F, (—c ;0), F, (c ;0) (hai tiéu diém thudc truc hoanh).

2 2
» Vi b’ =a’-c’, ta ¢6 phuong trinh elip ¢6 dang: x—z— Y —1,véia,b>0.
a

2
Tiwr hinh bén ta cé: ’
» Doan thang A A, = 2a goi la tryc thyc, doan thang
B,B, =2b goi la truc &o ctuia hypebol.
» Tiéucw FF,=2c va a*+b’ =¢*.
»  Toa dd cac dinh A (-a;0), A, (a;()) )
»  Tiéu diém F (-c;0), F,(c;0).

»  Giao diém O cua hai truc 1a tdm déi xing cta
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3. Parabol

&

-=."_Dinh nghia:

222 Cho mot diém F va mot duong thing A c8 dinh khong di qua F.
Tap hop cac diém M cach déu F va A la mot duwong parabol.
Diém F goi la tiéu diém va A goi la dudng chudn ctia parabol (P)

»

»

Phwong trinh Parabol:

»

Goi H la hinh chiéu vuong goc cta F trén A.

Goi khoang cach tur tiéu diém dén duong chuanla p = HF .

Chon hé truc toa d6 Oxy, v6i O la trung diém HF (nhw hinh vé) thi F (g ;0} va

A:x:—E.

2
Khi d6, phuong trinh (P) l1a: y* =2px, véi p>0.

Hinh dang parabol va cac dai luong lién quan:

»

»

»  Tiéu diém F (% ;0] va duwong chudn A:x=- 5

» TOAN TU TAM - 0901.837.432
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0?Cdc dang bai tap
d

”-Dang 1. Phuong trinh Elip

- 4:5 Phuong phép )

2
a b
Cac yéu t6 trong Elip:
» Tiéu diém F, (—¢;0), F,(c;0).

» D0 dai truc 1on 2a.
» Do dai truc bé 2b.
» Tiéu cw 2c

2
Cho Elip ¢6 phwong trinh chinh tic: (E): x_+y_2 =1voi b* =a’-c*.

» Toa d6 cac dinh A (-4;0), A,(;0), B (0;-b), B,(0;D).

4 vidya.

Tim toa do cac dinh, d¢ dai cac trug, tiéu cy, tiéu diém, tam sai cua elip: (E ) :

4 Vidy12.

Xac dinh toa d§ cac dinh va d¢ dai cac truc ctia céc elip c6 phuwong trinh sau:

» TOAN TU TAM - 0901.837.432

2 2 2 2
1) L+ L= 2 X 4+¥ 4
16 4 4 3
(3) x* +4y* = (4) 4x* +25y*> =36

= Loi gidi




Chuong 09 =
TOA DO TRONG MAT PHANG — »

¢ Vidy13.
Lap phuong trinh chinh tac caa elip (E), biét

(1) Po dai truc 16n bang 6, d6 dai truc nhé bang 4.
(2) Po dai truc 16n bang 10, tiéu cy c6 d6 dai bang 6.
(3) Elip di qua hai di€m M(1;0), N[?;l].

= Loi giai
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- Dang 2. Phuong trinh Hypebo/

— ;ﬁ? Phuwong phdp )

2 2
Cho Hypebol c6 phuong trinh: z—z - Z—z

=1,voi a,b>0.

Cac yéu to trong Hypebol:
» Do dai truc thuc: A A, =2a, d0 dai truc do: B B, =2b. D0 dai tiéu cy: FF, =2c
» Toa do cac dinh A, (—a;O), A, (a;O).
» Tiéu diém Al(—a;O), A2(a;0).

4 vidy 21

Xéc dinh tiéu cuy, tiéu diém, cac dinh, d6 dai 2 truc ctaa hypebol sau:

( )ﬁ_y_z_ Xy ( )x_z_y_zz
4 21 144 25 5 45
= Loi gidi

........................................................................................................................................................
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Vidy 2.2.
Lap phuong trinh chinh tac ctia (H) biét:

(1) D6 dai truc thuc 1a 8 va tiéu cy bang 10.
(2) Do dai truc ao 1a 8 va tiéu cu bang 12.

(3) Tiéu cu bang 20 va mot dinh trén truc thwe la (-3.0).
= Loi giai

{ Vi dy 2.3.

2 2

Mot thép trién 1am cé mat cat hinh hypebol c6 phuong trinh ]x? - 3]/? =1. Cho biét chiéu

cao ctia thap 1a 100m va khoang cach tir néc thap dén tam dsi xting ctia hypebol bang
khoang cach tir tam d6i xtiing dén day. Tinh ban kinh ndc va ban kinh ddy cta thap.
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”-Dang 3. Phuong trinh Parabo/

— ;ﬁ Phuong phap )

Cho Parabol c6 phuong trinh: y* =2px, véi p>0.
Cac yéu t6 trong Hypebol:
» p goi la tham s6 tiéu cua parabol (P)

» Tiéu diém P(%;O] va duong chudn A:x= —g.

¢ Vidu 3.1
Tim phuong trinh chinh tic cta parabol (P) . Biét:

(1) (P) nhan dudng thang x+4=0 lam duong chudn.
(2) (P) c6 tiéu di€m la F(2;0).
(3) (P) c6 dudng chuén la x =-3.

........................................................................................................................................................
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£ Viduy 3.2
Mot chiéc dén c6 mét cat ngang 1a hinh parabol nhu hinh bén. 4 A
Hinh parabol c6 chiéu rong gitta hai mép vanh la AB=40cm I
va chiéu sau h=30cm (h bang khoang cach tit O dén AB).

Béng dén nam & tiéu diém S. Viét phuong trinh chinh tac cta

=Y

parabol do.

/\ '
O\ —=25 .,
\/\'
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(c il
Luyén tap

A. Cdu héi - Tra 10i trdc nghiém
2 2

» Cau 1. Cap diém nao la cac tiéu diém cua elip (E ): % + ]/T =1?
A. F,=(0;+1). B. F,=(+10). C. F, =(£3,0). D. E,=(Lx2).

» Cau 2. Cho Elip (E) : 4x* +9y* = 36. Ménh dé nao sai trong cac ménh dé sau:
5

A. (E) cotiss =2

3 B. (E) ¢6 truc Ién bang 6.
a
C. (E) co truc nho bf“mg 4. D. (E) co tiéu cu \/g

2 2

» Cau 3. Cho elip % + yT =1. Phét biéu nao sau day dung?

A. Ti s6 gitra truc 16n va truc nho bf“mg \/§ . B. Tiéu cu béng 4.

C. Tam sai e = 2. D. Hai tiéu diém F (-2;0) va E,(2;0).
3
» Cau 4. Trong cac phuong trinh sau, phuong trinh nao la phuong trinh chinh téc cta elip
x2 y2 x2 yZ x2 yz
A. 4x?+8y?=32. B. —+<-=1. C. —+==-1. D. —-<=1.
11 64 16 8 4
5 2

2 2

» Cau 5. Tam sai ctia Hyperbol % - yj =1 bang

A5 B3
5 5
2 2

» Cau 6. Puong Hyperbol % —i/—ﬁ =1 c6 tiéu cy bang

C.§. D.ﬂ.
5 5

A. 4. B. 2. C.12. D. 6.
2 g2 ,

» Cau 7. Cho elip (E) : %+% =1. Chon khang dinh sai

A.Diém A(3,0)<(E). B. (E) 6 tiéu cy bing 2+/5.

I LR T X 5

C. Truc1dén cta (E) co do dai bang 6. D. (E) cO tam sai bang e
» Cau 8. Trong cic phuong trinh sau, phwong trinh nao 1a phuong trinh chinh tac caa elip

A X -yt =2. B. X’ +y°=2.

C. x*+2y°=2. D. x* =2y°.

2 2

» Cau 9. Duong thang nao dudi day la duong chudn ctia Hyperbol ;—0 - i—z =17

A. x+8=0. B.x—%:O. C. x+2=0. D.x+¥20.
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» Cau 10.Cho (E) 6 hai tiéu diém Fl(—4;0), F, (4;0) va diém M thuoc (E) Biét chu vi tam giac
MEF, bang 18. Khi d6 tdm sai cua (E) bang

2 B.2. c.-2. D. -2
18 5 5 9
» Cau 11.Phuong trinh chinh tac cta Elip 1a
x2 yZ xZ yZ
A. a—2+b—2=—1. B. a—z—b—zzl.
x2 yZ x2 yZ
Q.a—2+b—2=1 (tl>b>0). D.a—z—b—ZZ—l.
» Cau 12.Phwong trinh chinh tic ctia elip c6 tiéu cu bang 6 va truc 16n bang 10.
2 2 2 2 2 2 2 2
AL B.—+L -1  cZ-L-1 D. 4+ -1,
25 9 100 81 25 16 25 16
2 2
» Cau 13.Duong Hyperbol % - }/T =1 c6 tiéu cy bang:
Al B. 2. C. 3. D. 6.
2 2
» Cau 14.Duong Hyperbol ]}_6_6 - y7 =1 ¢6 tiéu cu bang
A.6. B. 24/33. C. 3. D. 9.
» Cau 15.Viét phrong trinh chinh tac ctia Parabol di qua diém A(l ;2) .
Ay =4x. B. y* =2x. C. y=2x". D. y=x"+2x-1.
» Cau 16.Viét phurong trinh chinh tac ctia Parabol biét duwong chudn cé phwong trinh x+1=0.
A. y*=2x. B. y’ =4x. C. y=4x°. D. y* =8x.

» Cau 17.Tim phuong trinh chinh tac ctia Hypebol (H ) biét nd cd truc thuc dai gdp doi truc ao va

co tiéu cy bang 10.
2 2 2 2 2 2 2 2

| B.2-L -1 c.Z -4 D. 2. -7

16 4 20 5 16 9 "20 10

2 2

» Cau 18.buwong Hyperbol ic_6 -~ % =1 ¢ mot tiéu diém la diém nao dudi day?

A. (-5,0). B. (o;ﬁ). C. (ﬁ;o). D. (0;5).

2 2

» Cau 19.Cho diém M nam trén Hyperbol (H ) : :_6 — Z_O =1. Néu diém M c6 hoanh d6 bang 12 thi
khoang cach tir M dén cac tiéu diém la bao nhiéu?
A.8. B. 10;6. C. 447 D. 14;22.

» Cau 20.Phuong trinh caa Elip (E) co do dai truc Ion bf?mg 8, d6 dai trucnho b%\ng 6 la:

2 2 2 2

A. 9x%+16y° =144. B.9x’+16y°=1. C. +7 -1, D.2+L .
9 16 64 36
» Cau 21.Cho (E) c6 hinh chit nhat co s& dién tich bang 8, chu vi bang 6 thi phuong trinh chinh
tac la:
2 2 2 2
AL B. =+l -1,
2 1 4 1
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c ¥ D. 2L -1,
4 2 16 4
» Cau 22.Viét phuong trinh chinh tac cta Parabol di qua diém A(5; 2) .
A y=x"-3x-12. B.y=x"-27. C.y’= 45x D. vy’ =5x-21.

» Cau 23.Phwong trinh chinh tic cua (E ) c6 d0 dai truc Ion bf?mg 6, ti sO gitra tiéu cy va do dai truc

16n bang 3 la

2 2 2 2 2 2 2 2
A.x—+y—=1. E.x—+y—=1. C. —+y— 1. D.x—+y—:1.

9 3 9 8 19 5 6 5

» Cau 24.Elip c6 hai dinh (—3; 0) ; (3;0) va hai tiéu diém (—1 0) (1;0) 6 phuong trinh chinh tic

la

2 2 2 2 2 2
A.x—+y—=1. B. x_+y_:1 C.x—+y—:1. D.x—+y—:1.

8 9 9 8 9 4 9 2

» Cau 25.Phuong trinh chinh tac caa E) c6 do dai truc 16n gdp 2 lan d¢ dai truc nho va tiéu cu

béng 4\/5 la

2 2 2 2 2 2 2 2

A.§—6+%=1. B.;—6+%=1. C.%-I—%:l. Q.f—6+y7:1.

» Cau 26.Cho diém M nam trén Hyperbol (H ): %—%2 =1. Néu hoanh d6 diém M bang 8 thi
khoang cach tit M dén cac tiéu diém cua (H ) la bao nhiéu?
A. 6 vald. B. 5 va 13. C.8++5. D. 8+42.

» Cau 27.Tim phuong trinh chinh téc cua Hypebol (H) biét né c6 mot dudng tiém can la x—2y =0

va hinh chit nhat co s& cia no6 ¢o dién tich bang 24.
2 2 2 2 2 2 2 2

ALY 4 B.X_Y 4 c.X_¥ 4 p.X_Y¥Y _

12 3 7 - 48 12 12 48
» Cau 28.Tim phwong trinh chinh tac ciia Hypebol ( ) biét n6 di qua diém la (5; 4) va mot duong

tiém can co6 phuwong trinh la x+y =0.
2 2
.%—y?:l. B. x*-y°=9. C. x* -y’ =1. D. x* -y’ =3.
2

2
» Cau 29.Cho Elip (E): f—6+% =1.Véi M 1a diém bat ki ndm trén (E), khang dinh nao sau day

la khang dinh ding?

A. 4<OM<5. C. OM<3. D. 3<OM<4.

B. OM >
£J va c6 tiéu cy bang 24/3 thi c6 phuong trinh chinh tac 1a:

» Cau 30.Elip di qua diéfm M [ -

2 2 2 2 2 2

A Lo B Yy c il D.Z+L -1
4 3 4 1 3 1 4 1
4
x2 2
» Cau 31.Duong thang nao dudi day la dwong chudn ctia Hyperbol 50 % =17
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A. x+45=0. B. x+4=0. C. x D. x+2=0.

W3
o

» Cau 32.Hyperbol (H ) c6 2 duong tiém can vudng gdéc nhau thi cd tam sai bang bao nhiéu?

A 2. B. 3. C.g. D. V2.

2

2
» Cau 33.Cho elip (E ) c6 phuong trinh iC_G + % =1. Cacdiém M, N Ian luot di dong trén tia Ox va

tia Oy sao cho MN ludn tié€p xtc véi (E) Toa d0 diém M d€ doan MN nge“'m nhat la

A. M(5;0). B. M(-5;0). C. M(0;5). D. M(+5;0).
2 2
» Cau 34.Cho Elip (E): - +2—=1vadiém M nim trén(E). Néu diém M c6 hoanh do béng ~13
169 144
thi cac khoang cach tiv M t6i 2 tiéu diém cua (E)béng:
A. 818. B.13%+/5. C. 10;16. D. 1310

» Cau 35.Cho (E) c6 hai tiéu diém E (—7;0), E,(v7;0) va diem M| —7;2 | thuéc (E). Goi N 1
4

diém d6i xing véi M qua goc toa do O. Khi do

A. NFl+MF2=g. B. NF2+MFl=g. C. Nl—"Z—NF1=Z D. NF, + MF, =8.
2 2 2
2 2
» Cau 36.Trong mit phang véi hé truc toa do Oxy cho duong elip (E): f—6+y€ =1 va hai diém
M (—5,' —1),N (-3,1). Biém K thay d6i trén elip (E). Dién tich tam gidc MNK 16n nhat
bang
A. 95. B.% C.o. D. 18.

» Cau 37.Khi bay véi van t6c siéu thanh (t6c d6 chuyén dong 1én hon téc d¢ am thanh trong cung
moi trieong), mot may bay tao ra mot vung nhiéu ddng trén mat dat doc theo mot nhanh
ctia hypebol (H) (Hinh bén du6i). Phan nghe rd nhét tiéng 6n cta viing ndi trén duoc goi
1a tham nhiéu d6ng. Bé rong ctia tham nay gap khoang 5 Ian cao d ctia mdy bay. Biét bé

rong ctia tham nhiéu doéng duoc do cach phia sau may bay mot khoang 1a 40 mile (mile
2 2

(dsm) 1a don vi do khoang cach, 1 mile = 1,6 km ) va (H) c6 phuong trinh: —— -2 =1.

400 100
Cao do cua may bay la

.
SA
A

N
' N
N A
Bé rong cua 125
thim ohidu dng \

—\»—.
iy o,
~40 :90 X

4

b4
rd
v
44

A. 15+/3 mile. B. 10+/3 mile . C. 20+/3mile . D. 43 mile.
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» Cau 38.Khtic cua ctia mot con dwong c6 dang hinh parabol (P), diém déu vao ctia khiic cuala A

va diém cudi la B, khoang cach AB=320m. Dinh ctia khtic cua cach duong thang AB
mot khoang 20m va cach déu A, B(hinh bén). Biét rf?mg 1 don vi trén mat phé’mg toa do
trong tng v6i Im trén thuee t&. Phrong trinh chinh tic ctia parabol (P) dola

B

400 m

20 m

T

A
A. y* =640x. B. y° =320x C. x> =1280y. D. y* =1280x.

» Cau 39. Mot sao choi di qua hé Mat Troi theo quy dao 1a mot nhanh hypebol nhan tam Mat Troi
1a mot tiéu diém, khoang cdch gan nhat tir sao chdi nay dén tdm Mt Troi 1a 3.10° km va
tam sai ctia quy dao hypebol 1a 3,6.

Sao chéi

Mat Troi

Hay lap phuong trinh chinh tac ctia hypebol chita qui dao, véi 1 don vi do trén mét

phang toa do tmg vé6i 10° km trén thuc t&.
2 2 2 2 2 2 2 2

A Y 1 BE_-L-y X YL agqpr-¥Yo
60,84 55,8 6,4 5,8 55,88 60,84 58 6,4

» Cau 40.Bon tram phat tin hiéu vo tuyén c6 vi tri A, B, C, D theo thit tu d6 théng hang va cach déu
véi khoang cach 200 km. Tai mot thoi di€ém, bon tram cung phat tin hiéu véi van tdc 292000
km/s. Mot tau thuy nhan duoc tin hiéu tir tram C truedce 0,0005s so vdi tin hiéu tir tram B
va nhan duoc tin hiéu tir tram D sém 0,001s so vdi tin hiéu tir tram A. Chon hé truc toa
dd Oxy nhu trong hinh bén dwdi (1 don vi trén mat phang toa d6 ting véi 100 km trén
thuec t&). Tong khoang cach tir tau dén cac tram B va tram C bang bao nhiéu (d4p s& duoc
lam tron dén hang don vi, tinh theo don vi km) bang céch lap phuwong trinh chinh tac ctia
hai hypebol di qua vi tri M ctia tau?

s
Vi ==
4!
- I N
" - /// ! \
-~ 7 ! A
P # A
- é : \
5 - // i \
A(-3; 0) B(-1;0) C(1; 0) D(3; 0)
A. 150. B. 255. C. 452. D. 18.

B. Cau hoi — Tra loi diing/sai
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2 2

» Cau 41.Cho elip (E) c6 dang x_2+ J_1 (a>b>0), di qua diém A(Z;O) va c6 mot tieu diém
a

F, (ﬁ;o) . Khi dé:

Ménh dé Diling | Sai
(a) | Tiéu cy cua elip (E) bfmg \/E
(b) | a=2
(© | i -1b*=2
(d) | Biém B(O,' J2 ) thudc elip (E)
= Loi gidi

(a) Tiéu cw cua elip (E) bfmg \/E
Elip (E) c6 tiéu diém F,(/2;0)=c=v2 =Tiéu cu =22

» Chon SAL
(b) a=2

22 0°

Co Ae(E)<:>—2+b—2=1<:>a2=4:>a=2.
a

» Chon PUNG.

(c) a®>-b*=2

2
_4
Tir {” AL 2y =9
b2 =

» Chon DUNG.
(@) Diéin B(0;2) thugc elip (E)
2

2
+ Lo,

Vay elip (E) : x? 5

2
Thay toa do B(O;\/E) vao (E)OT:+(\/§)

=1,do d6 B(0;+/2) thude (E)
» Chon DUNG.

» Cau 42.Cho hypebol (H) c6 dang: z—j— Z—j =1 (a,b>0), diqua diém A (\/5, O) va cd mot tiéu diém
F(-2;0). Khi d¢:

Ménh dé Pung | Sai

(a) | Tiéu cy bang 2

(b) | a=+/3

(© | p*=2

(d) | biém B(O;l) thudc hypebol (H )

= Loi gidi
(a) Tiéu cw bﬁng 2
Hypebol (H) c6 tiéu diém F(-2;0)=c=2 =Tiéu cu =4
» Chon SAL
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(b) a=+3
2
3 2
C6 Ae(H)@g—Z—ﬁl@aZ:s:a:\@.
a
» Chon DUNG.
(c) b* =2
Ma c=+a* +b* =2=+/3+b* = 1> =1.
» Chon SAL

(d) Diéim B(0;1) thudc hypebol (H)
2

Vay hypebol (H) : %—yz =1.

2

Thay toa do B(O;l) vao (H) : %—12 =-1#1,do @6 B(O,'l) khong thudc (H)
» Chon SAIL
» Cau 43.Cho elip (E) : %Jr%z =1. Khi dé:

M¢énh dé Pung | Sai

(a) | Piém A(4;0) thudc elip (E).

(b) | Tiéu cy elip (E) bing 7

(o) | Elip (E) c6 tiéu diém Fl(—zﬁ ;o), F2(2\/7 ,-o)

Cho M la diém thudc (E) thoa man MF, + 2MF, =11. Khi d6
2ME, + MF, =13

(d)

(a) Diéin A(4;0) thugc elip (E).
Diém A(4;0) thudc elip (E)
» Chon DUNG.
(b) Tiéu cw elip (E) biang J7
Taco: =’ —b* =16-9=7.Suy ra c =+/7 .
Elip (E) cd tiéu ey 2c =247
» Chon SAL
(o) Elip (E) co tiéu diéin F,(~247;0), F,(247;0)
Elip (E) c6 tiéu diém F,(—/7;0);F,(V7;0)
» Chon SAL
(d) Cho M la diém thugc (E) thod man ME, + 2MF, =11. Khi d6 2MF, + MF, =13.
Ta c6: MF, +MF,=2a=2-4=8.
Suy ra 3MF, +3MTF, =24 hay (2ME, + MF, )+(MF, + 2MF, ) =24.
Vi ME, +2MF, =11 nén 2MF, + MF, = 24-11=13.
» Chon BDUNG.

» TOAN TU TAM - 0901.837.432 Tmng 84



Chuong 09 ;
TOA DO TRONG MAT PHANG Sl »

» Cau 44. Tredc mot toa nha, nguoi ta lam mot cai ho boi c6 dang hinh elip véi do dai hai ban truc
lan luwot 1a 3m va 5m. Xét hé truc toa dd Oxy (don vi trén cac truc 1a mét) cé hai truc toa

d6 chtra hai truc cta elip, goc toa dd O la tam cua elip (hinh)

Khi dé:
Ménh dé bang | Sai

2 2
(@) | Phuong trinh chinh tac cia duong elip la: % + % =1.

Xét cac difm M, N cung thudc truc 16n cta elip va déu cach O mét
(b) | khoang bang 4m vé hai phia ciia O. Téng khoang cach tir moi diém
trén duong elip & M va N ludn bang 10m

Mot nguedi diing & vi tri P cach O mot khoang bang 6m. Nguoi d6
ding o trong ho

(c)

Xét vitri C trén mép ho cach truc l1én mot khoang bang 2m. Khi d6

(d) vitri C cach truc nho mot khoang béng gm
= Loi giai
(a) Phwong trinh chinh tic cua dweong elip la: ;—; + %2 =1.
Phuong trinh chinh tac ctia duong elip 1a: :—j+ Z—ZZ =le ;—; + %2 =1.

» Chon DUNG.
(b) Xét cic diém M,N cing thudc truc Ién ciia elip va déu cich O mot khodng bang 4m vé hai phia ciia
O. Téng khodng cich tir moi diém trén duwong elip dén M va N ludn bang 10m
Tacd: a=5b=3 nén ¢’ =a° —b*=25-9=16,suy ra c=4.
Céc tiéu diém ctia elip 6 toa do 1a (—4;0) va (4;0).
Vay M va N chinh la cac tiéu diém cua elip.
Vi vay, tong khoang cach tir moi diém trén duong elip d&n M va N ludn bang 22=10m
khong d6i.
» Chon DUNG.
(c) Mgt nguoi dirng & vi tri P cich O mot khodng bang 6m. Nguoi dé dirng & trong ho
Goi giao diém ctia duwong thang OP vaelipla Q.
Vi d6 dai ban truc lén la 5m nén OQ <5. Suy ra OQ <OP =6m.
Vay vitri P 6 ngoai ho.
» Chon SAL
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(d) Xét vi tri C trén mép ho cich truc l6n mot khodng bang 2m. Khi d6 vi tri C cdch truc nhé mét khodng

-
bang —m
8 3
%, Yo x4 515
.2 P , —+—= —+—=1 ‘x‘:_
Gia st C(xo;yo).Ta c6: 925 9 =425 9 =40 3
[vo| =2 ol =2 lyo|=2
Vay C céach truc nho mot khoang béng %m .
» Chon SAL
» Cau 45.Cho parabol (P) c6 phuong trinh y? =12x . Khi dé:
M¢énh dé Pung | Sai

(a) | (P) <6 tiéu diém F(3;0), duong chuan x=-3

() | Mot diém nam trén (P) o6 hoanh do x =2. Khoang cich tir diém d6

dén tiéu diém bang 4

Do dai day cung vuong gdc voi truc d6i xing tai tiéu di€ém F bang

(0 15

Qua I (2,' O) vé mot duong thang thay d6i cat (P) tai hai diém A va
B.Khi d6 tich s khoang cach tir A va B téi truc Ox bang 12.
= Loi giai

(a) (P) c6 tiéu diém F(3;0), dwong chudn x=-3.

Ta co: p:6:>E=§:3.

2 2

Vay (P) c6 tiéu diém F(3;0), duong chudn x=-3.

» Chon DUNG.
(b) Mot diém niam trén (P) c6 hoanh d§ x = 2. Khodng cdch tir diém d6 dén tiéu diéin bing 4

Goi M la diém trén (P) o8 hoamh do x=2= MF=x,, +£ =2+3=5

(d)

» Chon SAL
(c) D¢ dai ddy cung vudng géc véi truc doi xieng tai tiéu diém F bing 12
Puong thing di qua F (3;0) va vudng goc voi truc doi xing c¢6 dang: x =3 (d) .
x=3 {x =3

Toa d¢ giao diém cua (P) va (d) la nghiém cua hé { y =16

) =
y =12x

Vay (d) cit (P) tai M(3-6),N(36)= MN = [(3-3) +(6+6) =12.
» Chon DUNG.
(d) Qua 1(2;0) vé mgt duong thiang thay ddi cit (P) tai hai diém A va B. Khi d6 tich s6'khodng cich tir
A va B tdi truc Ox bing 12.
Phuong trinh duong thang di qua I (2; O) c6 dang:
A(x-2)+B(y—0)=0(A’+B*=0) < Ax+By—2A=0(d)

» TOAN TU TAM - 0901.837.432 Trang 86




Chuong 09 ;
TOA DO TRONG MAT PHANG Sl »

Ax+By-2A=0 (1)

Toa do giao diém cta (P) va (d) langhiém ctia hé { )P =12x (2) )
v
(2) @x= 12

Thé vao (1) ta duoc Aé +By-2A=0< Ay’ +12By-24A=0
Do A'=36B?+24A%>0,VA®+B?#0 nén phuong trinh ludn cé 2 nghiém phan biét.
Goi y, va y, langhiém cta phuwong trinh trén nén d(A; Ox)-d(B; Ox) = ‘yA '3/3‘ =24
(khong doi).
» Chon SAL
» Cau 46.Trong mat phang Oxy, cho parabol (P) :y? =8x. Khi do:
M¢énh dé Pung | Sai

(a) | Tiéu diém F(2;0)

(b) | C62diém M trén (P), cich F mdt khoang1a 3

(c) | biém M trén (P) sao cho S,,,,. =8, c6 hoanh dd bang 6

Ton tai mot diém A nam trén parabol va mot di€ém B nam trén

) duong thang A:4x—3y+5=0 sao cho doan AB ngan nhat, khi d6

ABngan nhat bang %
= Loi gidi
(a) Tiéu di¢in F(2;0)
Gia st M(xM,'yM

)e(P) suy ra yi, =8x,,.
Tt phuwong trinh (P) c6 p=4 nén F(Z;O).

Tacd FM=x,, +g suy ra x,, =1, thay vao y;, =8x,, = v,, = +22
» Chon DUNG.

(b) Co 2 diem M trén (P), cich F mgt khoang la 3.
Vay co hai diém théa méan la M, (1; 22 ) ; M, (1; —2\/5 ) .
» Chon DUNG.

(c) Diém M trén (P) sao cho S =8, ¢ hoanh dj bang 6

AOMF
2

Ta co Me(P):M[%;aJ voi a>0.

S =8<:>EOF.d(M;OF)=8<:>a=8.
2

AOMF
Vay diém can tim 1a M(8;8).
» Chon SAL

(d) Ton tai mot diém A ndam trén parabol va mot diéin B nam trén dwong thing A:4x—3y+5=0 sao

cho doan AB ngin nhat, khi d6 ABngdn nhat bang %
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Véi moi diém Ae(P);BeA ta luon co ABZd(A;A).

2

Ae(P):A[%;aj voi a>0,

Khi d6 d(A;A)‘ 8 : _

Suy ra AB nho nhat khi va chi khi A(%ﬁj va B 1a hinh chiéu ciia A 1én A.

2

4.7 _3.045

2
(a-3) +lzi.
10 10

Puong thing di qua A vudng géc véi A nhan i = (3; 4) lam vecto phép tuyén nén c6

phuong trinh la 3(x—%j+4(y—3) =0 hay 24x+32y—-123=0.

209
4x—3y+5=0 =250

Do d6 toa do diém B langhiém cuahé | - o 200
24x+32y-123=0" | 153
50

8 200" 50

9 209 1 W Texs . 2
Vay A(—; 3), B(E ; Ej théa man yéu cau bai toan.

» Chon SAL
» Cau 47.Quy dao cta sao hoa la elip c6 ban truc lon 227,9 triéu km , ban truc nho bf?mg 226,9 triéu
km va quay quanh mit troi mot vong hét 687 ngay. Cac s6 liéu trong cac khang dinh
dudi day dwgc lam tron tdi 5 chi s6 thap phan. Khi do:

Ménh dé

Pung | Sai

(a)

Tam sai cua elip 1a 0,09358.

(b)

Tiéu cu cta elip bang 21,32604.

()

Khoang cach xa nhat gitta sao hoa va mit troi bang 249,22604 .

(d)

Khoang cach gan nhat gifta sao hda va mat troi bang 206,57396.
= Loi gidi

Tacd a=227,9; b=226,9 = c=+a’—b* ~21,32604 :>e=£z0,09358
a

(a) Tam sai cua elip la 0,09358.

Tam sai chaelip la e = £ ~0,09358.
a

» Chon DUNG.
(b) Tiéu cw cua elip bﬁng 21,32604.
Tiéu cy cua elip bang 2c ~ 2.21,32604 = 42.65208..
» Ch(_)n SAL
(c) Khodng cich xa nhét giika sao héa va mdt troi bang 249,22604.

Khoang cach xa nhat gifta sao hoa va mét troi bang 1a a+c ~ 249,22604 .

» Chon DUNG.

(d) Khodng cich gin nhat giika sao héa va mét troi bing 206,57396.
Khoang cach gan nhat gitta sao hda va mit troi bang a—c ~ 206,57396.
» Chon DUNG.
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» Cau 48.Goi phurong trinh chinh tac cta parabol c6 dang (P) :y? =4x. Khi do:

Ménh dé

Pung

Sai

(a)

Diém A(Ly,) thudc (P)thi y, =2 hodc y, =-2.

(b)

Diém M thudc (P) va MF =3 thi hoanh d6 cua M la %.

(0

Mot duong thang di qua tiéu diém F caa (P) cat (P) tai 2 diém A
va B.Néu A(1;-2) thi toa do cua B(1;2).

(d)

Mot diém A thudc (P). Néu khoang cach tir A dén duong chuén

bang 5 thi khoang cach tir A dén truc hoanh bang 4.
w Loi gidi

(a) Diein A(Ly,) thudc (P)thi y, =2 hoic y, =-2.

Phuong trinh chinh tic ctia parabol (P) Yyt =4x

A(l;yA) =y,=2hoacy,=-2.

» Chon DPUNG
(b) Bigin M thugc (P) va MF =3 thi hoanh d¢ ciia M la %

Me(P):y* =4x= M(m’;2m), tiéu diém F(1,0)

Tacod: MFQ:(m2—1)2+(2m)2:9 om +2m—-8=0c|"

m’ =4

Vay hoanh d¢ diém M la 2.
» Chon SAL
(c) Mgt duwong thing di qua tiéu diém F cia (P) cit (P) tai 2 diém A va B. Néu A(1-2) thi toa d§ ciia

B(1;2).

(P) co tiéu diém F(1,0)
DPuong thang AF:x=1
Duong thang AF cat parabol tai B (1; 2) .
» Chon DUNG
(d) Mgt diém A thugc (P) Néu khodng cdch tiv A dén duwong chudn bang 5 thi khodng cich tiv A dén

truc hoanh bang 4.
Taco: Ae (P) = A(mz; 2m), duwong chudn A:x=-1

Khoang cach tir A dén duong chuan d(A,A)= ‘mz +1‘ =m’+1=5=m?’=4

Vay khoang cach tit A dén truc hoanh bang ‘Zm‘ =4 .
» Chon DPUNG
» Cau 49. Mot sao chéi A chuyén dong theo quf dao c6 dang mot parabol (P) nhan tim Mt Troi

la tiéu diém. Cho biét khoang cach ngan nhat gitta sao chdi A va tam Mat Troi 1a khoang
112km.
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Chon hé truc toa d6 sao cho gdc toa d¢ O trung véi dinh cta parabol, tam Mat Troi trung
voi tiéu diém ctia parabol, don vi trén céc truc la kilomét.

Khi dé:

M¢énh dé Pung | Sai

(a) | Toa do tiéu diém la F(224;0).

(b) | Phuong trinh dwong chuan cua (P) la x=-224.

(c) | Pheong trinh chinh tic ctia parabol (P) la y=448x.

Khoang cach gitta sao chdi A va tam Madt Troi khi sao ch6i nam trén
(d) | dwong thang di qua tiéu di€m va vudng gdc voi truc doi xing cua

(P) 1a 224km.

= Loi giai
(a) Toa d§ tiéu diéin la F(224;0)
Goi phuong trinh chinh tic cta (P) la y* = 2px(p > O).
Goi F la tiéu diém cﬁa(P) , (x;y) 13 toa d0 ctia sao chOi A.
Khi d6 khoang cach gitta sao chdi A va tam Madt Troila AF =x+

> (vi x>0)

N
N

= khoang cach ngan nhat gitta sao chdi A va tam Mat Troi 1a %(km)
:%:112:>p=224.

Khi d6: toa do tidu diém la F(g ;oj hay F(112;0)

» Chon SAIL
(b) Phuong trinh duong chudn cia (P) 1a x=-224.

Phuong trinh duwong chuan cua (P) Lo —g =-112

» Chon SAL
(¢) Phwrong trinh chinh tic ciia parabol (P) la y=448x.
Phuong trinh chinh tac ctia (P) lay® = 448x
» Chon DPUNG.
(d) Khodng cdch giita sao chdi A va tdm Mt Troi khi sao chéi nam trén dwong thing di qua tiéu diém va
vudng goc voi truc doi xitng cua (P) la 224km .
Khi sao chi ndm trén duong thang di qua tiéu diém va vuong géc véi truc d6i xting cta
(P) thi sao chdi 6 hoanh o 1a x =7
Khoang cach gitra sao chdi A va tam Mat Troi khi d06 la:

AF=x+2 =P 4P __ 224 (km)
2 2 2
» Chon DPUNG.

C. Cau héi - Trd 1oi ngin
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» Cau 50.Cho parabol (P) c6 tiéu diém F (1; 0) va duong thang d: x+6m=0. C6 bao nhiéu gid tri
nguyén cua me [—10;10] d€ parabol (P) va duong thang d cat nhau tai hai diém phan
biét.

= Dién dap so:
» Cau 51.Cho parabol (P) : y2 =2x. Cb bao nhiéu diém thudc (P) c6 hoanh d6 duong sao cho

khoang cach ttr diém d6 dén tiéu diém caa (P) bang 4.

= Dién dap so:
2 2

» Cau 52.Tim toa d¢ diém M (c6 hoanh d6 dwong) thudc elip (E ) : ;—5+ % =1 sao cho M nhin hai

tiéu diém cua (E) dudi mdt goc 60°.

= Dién dap so:

2 2

» Cau 53.C6 bao nhiéu diém N 6 tung d6 16n hon 1 thudc hypebol (H): iC_G_% =1 sao cho N

nhin hai tiéu diém cta (H ) duwdi mot goc vuong.

= Dién dép so:

2 2

Yy

» Cau 54.Trong mat phang toa d6 Oxy, cho diém M chuyén dong trén duong elip (E): ER - = 1

. Tinh tong gia tri I6n nhat va gid tri nho nhat caa OM .

= Dién dap so:

2 2

» Cau 55. Trong mat phang toa 6 Oxy, cho diém M chuyén dong trén duong elip ;—5 + }1/_6 =1.Tinh

tong gid tri Ion nhat va gia tri nhé nhat cia DM, trong d6 D(6,' 0).

= Dién dap so:

» Cau 56.Cho hai duong thang A, va A, vuong gdc véi nhau. Mot chat diém chuyén dong trong
mot gdc vudng tao bdi A, va A, cd tinh chat: 6 moi thoi diém, tich khoang cach tir mdi vi

tri cia chat diém dén hai duwong thang A, va A, ludn bang 4. Biét rang chat diém chuyén

2 2
dong trén mot phan ctia dwong hypebol c6 dang - —‘% =i (a; be N*) .Tinh S=a+b
a
1
chiit diém

= Dién dap so:
2 2
» Cau 57.Cho elip (E) : %erT =1. Biét rang M thuoc (E) sao cho nd nhin hai tiéu diém cua (E)

dudi mot goc vuong. Khi dé ¢6 bao nhiéu diém M c6 tong toa do 1on hon 3?
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= Dién dap so:

» Cau 58.Mot nha vom chita may bay c6 mit cat hinh nita elip cao 8m, rong 20m. Khoang cach
theo phuong thang dtng tir mot diém cch chan tuong 5m 1én dén néc nha vom 1a bao
nhiéu mét? Két qua lam tron dén hang phin tram

= Dién dap so:
» Cau 59. Mot cai thap 1am ngudi ctia mdt nha may cé mat cat 1a hinh hypebol cé phuong trinh
2 2

X _Y__1. Biét chiéu cao ctia thap la 150m va khoang cach tit ndc thap dén dén tam

287 427
ddi xting ctia hypebol bang % [an khoang cach ttr tdm d6i xting dén ddy. Tinh tong ban

kinh noc va ban kinh ddy cta thap theo don vi mét. Két qud lam tron dén hang don vi.

v

= Dién dap so:
2 2
» Cau 60.Cho elip (E): x? + yT =1 véi hai tiéu diém E, F,. Cé bao nhiéu diém M c6 tung d6 duwong

thudc (E) sao cho géc EMF, =60

= Dién dap so:

Hét
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Ly thuyét

r & 4
1. Truc toa do
1.1. Dinh nghia

P

::'.?u Pinh nghia

25 Truc toa d9 (hay goi tat 1a truc) la mot duong thang trén d6 da xac dinh mot diém
O goi la diém goc va mot vecto don vi i. ~

» Diém O goi la gdc toa do. 5 L =

» Hudng cta vecto don vi la huwdng cua truc.

» Ta ki hiéu truc d6 13 (o;?).

1.2. Toa d0 ctia vecto va cta diém trén truc

o
{v:}:' DPinh nghia

" » Cho vecto # nam trén truc (O;i) khi d6 s6 a dwogc goi la toa d§ cta vecto i trén

truc (o,-?) khi vA chikhi i=a7 .
» Cho diém M nam trén truc (O;;) khi d6 s6 m duoc goi la toa do cuia diem M
i (o;?) i e A @ =0 -

Nhu vay toa diém M la toa d6 vecto OM .

2. Hé truc toa do
2.1. Dinh nghia

[

::u Pinh nghia

R » He truc toa d¢ gom hai truc vudéng goc Ox va Oy voi hai vecto Y
don vi Ian luot 13 7,7 . Diém O 1a g6c toa d, Ox goila truchoanh 4
va Oy goi la truc tung.

Ki hi¢u: Oxy hay (O,?,;). 0 1

= |

2.2. Toa d0 diém, toa d0 vecto

» TOAN TU TAM
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‘Vg
v=__Dinh nghia
E Vi,
i

™ » Trong hé truc toa do (O,i, j), cap so (x;y) dwoc goi la toa do cua vecto

—

ii:(x;y)<:>ii:x.;+y.j
Ki hiéu: i = (x;y) hay ii(x;y).
» Trong hé truc toa do (O,?,?), toa d6 ctia vecto OM goi la toa d¢ cua diém M.
Ki hiéu: M = (x;y) hay M(x;y).

2.3. Toa d6 trung diém ctia doan thang. Toa d6 trong tim tam giac
o

Mz
e

V=,

i

X, +Xg
Xy =—"—"
» M la trung diém ctia doan AB < 2
Y, = YatYs
Y 2
. X, +X,+ X,
» G latrong tam tam gidc ABC < . .
_YatYstlc
Yo = 3

3. Biéu thirc toa d6 clia cac phép toan vecto
s

| i
| 71 ald

vl

x'=kx
y'=ky
(5) Cho hai diém A(x,,y,),B(x,;v,) thi AB=(x,—x,;¥, - ¥,).

(4) & cung phuong véi i (ii = 6) & ton tai s8 k sao cho {
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2 2
1 2

e

@) AB=|AB =\/(x3—xA)2+(yB‘yA)2 ’

ﬁ) ‘Zi.b ab +ab (Zi:(al;a ) - y:(bl,-b2) déu khac 6)

5 a;b)=—"==
(5) cos(a ﬁ‘.‘b‘ \/af+a§-\/bf+b§
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G?Céc dang bai tap

B~ Dang 1. Toa d0 trén truc

— . Phuong phip )

Toa d6 trén truc ctia diém & vecto:

» Cho vecto # nam trén truc (O;i ) khi d6 s6 a dwgc goi la toa d cta vecto i trén truc (O;i)
khi va chi khi @i =a.i .

» Cho difm M nam trén truc (O;i) khi d6 s6 m duoc goi la toa do ctia diém M trén truc
(O;i) khi va chi khi OM = mi .

Nhu vay toa diém M la toa dd vecto OM.

2
Vidu1.1.

Trén truc x'Ox cho 2 diém A, B c6 toa d0 [an luot la -2 va 5.
(1) Tim toa d6 ctia AB.
2) Tim toa d6 trung diém I cta doan théng AB.
3) Tim toa d ctia diém sao cho 2MA +5SMB=0.
)

(
(
(4) Tim toa d0 diém N sao cho O)NA+3NB=-1.

= Loi giai
(1) Tim toa d6 ctia AB.
AB=5-(-2)=7.
(2) Tim toa dd trung diém I ctia doan théng AB.
Toa dé diém [ 1a —2 :%.

(3) Tim toa d6 ctia diém sao cho 2MA +5MB=0.

Gia st di€ém M co toa do x, ta co 2(—2—x)+5(5—x)=0<:>x=3.
(4) Tim toa do diém N sao cho O)NA+3NB=-1.

Gia stt diém N o toa d0 x, ta cod 2(—2—x)+3(5—x):—1<:>x:%.

2
Vidu 1.2.

Trén truc x’'Ox cho 2 diém A,B c6 toa d0 lan luwotla -3 val.
(1) Tim toa d6 diém M sao cho 3MA-2MB=1.
(2) Tim toa do diém N sao cho NA+3NB=AB.
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(2) Tim toa d6 diém N sao cho NA+3NB = AB.

Gia str diém N co toa d0 x, ta cd (—3—x)+3(1—x):1+3<:>x:—1.

Vidu 1.3.
Trén truc toa do (0 ,;) cho hai diém A, B c6 toa d0 lan lwot la a,b.
(1) Tim toa dd diém M sao cho MA = kMB, (k # 1).
(2) Tim toa d9 trung diém I cua AB.
. Loi gidi
(1) Tim toa d6 diém M sao cho MA = kMB, (k # 1).

Goi toa d6 diém M 1a x.

Khi do: |0~ "% o MA=kMB & a—x=k(b-x) & x= " (k1)
MB=b-x -k

Vay toa do diém M 1a 25 (1),
-k

(2) Tim toa dd trung diém I cua AB.
Goi toa do diém [ la y. I la trung diém ctia AB khi va chi khi [A=-IB.

ﬁz - — —
Taco i " Vo lA=-lBea-y=—(b-y)oy="2"0
IB=b-y 2

Vay toa d6 diém I 1a “—;b

4 vidu1a.

Trén truc toa do (O;?) cho bén diém A, B,C,D bat ky.

_ _ _—

Chtng minh AB.CD+ AC.DB+ AD.BC=0
= Loi giai

Goi toa dd cua A,B,C,D lanlwotla a,b,c,d.

Khi dé:

E=b—a;f(§=c—a;ﬁ=d—a

CD=d-c; DB=b—d;BC=c—b.

;rB.Eﬁ+Za5§+ZB.§E:(b—a)(d—c)+(c—a)(b—d)+(d—a)(c—b)
=bd—-bc—ad+ac+cb—cd—ab+ad+dc—db—ac+ab
=0.
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Vidu 1.5.

1 fimie (o;?), A 5 G A B © b e e B s I @ B, ¢

_— — —

Tim diém I sao cho IA+IB+IC =0.

= Loi giai
Goi diém I cotoaddla x.
ﬁ:a_x IA:(ﬂ_x)l
Tac6:{IB=b-x = ﬁé=(b—xﬁ
IC=c—x E=(C—X);
Khidé:a+ﬁ+f=6®(a+b+c—3x);=6.
Suyra:a+b+c—3x:0<:>x:a+§+c.
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B~ Dang 2. Toa d0 trén hé truc

— (:,‘E Phuong phdip ) .
o X, +X,
(1) M la trung diém ctia doan AB < z
Y, = YatYs
voo2
v - X, +Xp+ %X
(2) G latrong tam tam gidc ABC < > :
_YatYstYe
Yo = 3

» Cho 1 = ( y),ii:( ,y)vés@'thuck.Khidétacé
x

Wi=i !
¥y=Yy
(2) siti' =(x x5y +y')

x'=kx

y'=ky

—

(4) i cung phuong véi i (ii = 0) < ton tai sd k sao cho {

=0 (il déu khac 0)

(7) Cho hai diém A(xA,yA),B(xB;yB) thi AB=(x, ~,; ¥, ~¥,).-

4 Vidu 2.1.
Trong mat phéng toa do Oxy, cho A(2;1), B(—l; —2),C(—3;2) .

(1) Tim toa d6 trung diém ctia doan thang AC .
(2) Tim toa dd trong tAm tam gidc ABC.

= Loi giai
(1) Tim toa d6 trung diém ctia doan thang AC .
I 1a trung diém cta doan théng AC & I(?,%} o I(— 2; J )

(2) Tim toa d6 trong tam tam gidc ABC.

G la trong tam tam giac ABC @G[z_;_3;l_i+2j®G(—§;%}
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Vidu 2.2.

Trong mit phang toa d6 Oxy, cho @ =2i,b= ; ¢=3i- ;
(1) Tim toa d0 céac vecto a,b,c,m —33-2b.

(2) Phan tich vecto ¢ theo hai vecto ; b.

= Loi giai
(1) Tim toa d céc vecto @,b,¢, i =3 —2b
i=2i,b=-3],0=31 4] =i =(20),b=(0;,-3),¢ =(3;-4)
3d =(6;0)
—25:(0,6)

(2) Phan tich vecto ¢ theo hai vecto 7; b.
Gia st ¢ =ma+nb
ma —(Zm 0) nb = (O;—3n)
Laico ¢ = (3; —4)

3
. [2m=3 m= 3., 4- . _ 3. 4-
Nén m =S 2:>c:3a+ib Vayc=§a+—b
Sn=-47"| _4 23 2 3
3

Vidu 2.3.
Trong mat ph:fmg toa do Oxy, cho 3 diém A(—l; —2), B(3;2),C(4;—1) )

(1) Chttng minh 3 diém A, B,C tao thanh tam giéc.
(2) Tim toa d0 diém D sao cho ABCD la hinh binh hanh.

= Loi gidi
(1) Chttng minh 3 di€ém A, B,C tao thanh tam gidc.
Tacé AB=(4;4), AC=(5;1).

% # % — AB va AC khong cung phuong hay ba diém A, B,C tao thanh 1 tam gidc.

(2) Tim toa d0 diém D sao cho ABCD la hinh binh hanh.

S F1=4-3 -0
ABCD 12 hinh binh hanh < AD = BC {7 =77 = D(0;-3).
Ypt2=-1-2" |y, =-5
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. Vidu 2.4.
S > 1) .

Cho @ =(2;0),b =(—1;5J,c =(4;-96)

(1) Tim toa dd ctia d =23 —3b +5¢

(2) Tim m, n sao cho: ma+b —nc =0

(3) Biéu dién vecto ¢ theo 7:b .

= Loi giai

(1) Tim toa d9 ctia d =24 —3b +5¢

—

d= (2.2—3.(—1)+5.4; 2.0—3.%+5.(—6)J = [20; —QJ :

2
(2) Tim m, 1 sao cho: ma+b—nc=0
m2+(-1)-n4=0  |m=1
mi+b-nc=0< o 3
m.0+——n.(-6)=0 __ L
12

Vay ¢ =—4d-12b .

Vidy 2.5.
Cho 4 diém A(1;1), B(2;-1),C(4;3), D(16;3).
Hay biéu dién AD theo cc vecto AB, AC .

= Loi giai
Tacé AB=(1;-2),AC=(3;2), AD=(15;2).
m1+n3=15 {m=3

Gia swr E:mﬁ+nA—C)<:> =
m.(—2)+n.2=2 n=4

Vay AD=3AB+4AC.

Vidu 2.6.

Tim m dé
(1) 2 vecto d=(2m;3m+1) va b =(~4;-8) cling phuong.
(2) 3 diém A(1;1),B(3;2),C(m+4;2m+1) thang hang.
= Loi giai

(1) 2 vecto d= (2m;3m+1) va b= (—4; —8) cung phuong.
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ivab cung phuong khi va chi khi 2—T:3m;1<:>4m:3m+1<:>m:1.

(2) 3 diém A(1;1),B(3;2),C(m+4;2m+1) thang hang.
AB=(2;1), AC =(m+3;2m).
Yéu cau bai toan twong dwong 3k : AC = k;rB(k #0)

m+3=2k m=1
= .
2m=k k=2

Vay m=1thi AC=2AB hay 3 diém A,B,C théng hang.

<:>(m+3;2m)=k(2;1) <:>{

f Vidu2.7.
Cho ba diém A(1;-2),B(2;3),C(-1;-2)

(1) Chting minh ba diém A, B,C khong thang hang .
(2) Tim toa d6 di€ém E, sao cho ABEC la hinh binh hanh.
(3) Tim toa dd trong tAm G ctia tam gidc ABC.
= Loi giai
(1) Chitng minh ba diém A, B,C khong thing hang .
AB=(1;5), AC=(-2;0).
Ta cé: AB, AC khong cting phuong nén A, B,C khong thang hang .
(2) Tim toa d6 diém E, sao cho ABEC 1a hinh binh hanh.
Dat E(x; y) .
Do A,B,C khong thang hang
Nén ABEC 1a hinh binh hanh khi AB =CE

<:>(1;5):(x+1;y+2)<:>{x+1=1 {x:O

= = E(0;3)
y+2=5 y=3

(3) Tim toa dd trong tam G ctia tam gidc ABC.

Vi G la trong tam cua tam gidac ABC nén G(l+§_1;_2+33_2j hay G(%,%lj

: Vidu 2.8.
Cho hai diém A(3;-5), B(1;0)

(1) Tim toa d6 diém C thoa man OC =-3AB.
(2) Tim diém D d6i xting véi A qua C.
(3) Tim diém M trén truc Ox, sao cho A,B,M thang hang.
(4) Tim diém N trén Oy sao cho ABNO la hinh thang c6 canh ddy AO.
= Loi giai
(1) Tim toa d6 diém C thoa man OC =-3AB.
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Goi C(x;y)

Ta co: & =(x;y) , AB =(—2;5)

Khi dé: O—C) = —3@ = (x;y) = —3(—2;5) IS {
(2) Tim diém D d6i xtmg véi A qua C.

Goi D(x;y)

Tac: AD=(x-3;y+5), AC=(3;-10)

y=-25
(3) Tim di€ém M trén truc Ox, sao cho A, B,M thing hang.
Vi M €Ox nén M(x;O)

Khi dé: Xﬁ:zX@@(x-3;y+5)=2(3;—10)@{ = D(9;-25)

5=k5
(4) Tim diém N trén Oy sao cho ABNO la hinh thang c6 canh day AO.
Vi N eOy nén N(0;y),
Dé ABNO la hinh thang c¢6 canh day AO

D& A,B,M thing hang thi 3k(k=0): AM=kAB & {“3:’('(_2)@{":1:1\4(1;0)

\ — {_1 =k(-3) k=
thi 3k(k>0): BN =k.AO < <
y=k5

|
WL W=
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Luyén tap
A

A. Céu héi — Trd 10i trdc nghiém

» Cau 1. Trong heé truc toa d¢ Oxy, toa d0 cua vecto a= 87—3; bf?mg
A. a=(-3;8). B. a=(3;-8). C. a=(8;3). D. a=(8;-3).
= Loi giai
Chon A
Taco a=8j-3i=-3i+8j=a=(-3;8).
» Cau 2. Trong mat phang Oxy, cho hai diém B(—1;3) va C(3;1). Do dai vecto BC bang
A.6. B. 24/5. C.2. D. 5.
= Loi giai
Chon B
Tinh 6 dai vecto BC.

ﬁ=(4;—2):‘ﬁ‘ =BC =4 +(-2) =v20=2V5. vay ‘ﬁ‘ =25.
» Cau 3. Trong mat phéng v6i hé truc toa do Oxy, cho diém A(1;3) va B(O;6). Khéng dinh nao

sau day dung?

A. AB=(5;-3). B. AB=(;-3).  C.AB=(3-5).  D.AB=(-13).
= Loi gidi
Chon D

Ta co: Zﬁz(xB—xA;yB—yA):(—l;?a).

A.x:g Z—E (:,_‘)C:i D.xz_é
3 3 2 2

» Cau 4. Cho A(-1;1),B(1;3),C(-2;0). Tim x sao cho AB=xBC
B. x

= Loi giai
Chon B
Ta co: E =(2;2),B—C) =(—3;—3):> E =—EB_C':> X =—%
3 3
» Cau 5. Cho cac vecto a= (1; —2), b= (—2; —6). Khi do6 goc gitra chung la

A. 45°, B. 60°. C. 30°. D. 135°.
= Loi giai
Chon A
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Ta cd a= (1;—2), Ez(—2;—6), suy ra Cos(a;b = == (;,E) =45°.

EHB‘ 540 2

» Cau 6. Cho céc vecto a= (1; —3), b= (2;5) . Tinh tich v6 hudng cta ;(E+ 25)

i)- ab 10 2

A. 16. B. 26. C. 36. D. -16.
= Loi giai

Chon D

Tacb 2.a=10, ab=-13 suy ra E(Z+2E)=—16.

» Cau 7. Trong mit phiang Oxy, cho a= (2;—1) va b= (—3;4). Khang dinh nao sau day la sai?
A. Tich v6 hudng cta hai vecto da cho la -10.
B. D06 16n cta vecto 2 1a \/g

C. D6 16n cua vecto E las.
D. Gdc gitra hai vecto la 90°.

= Loi gidi
Chon D

Ta cé H =42’ +(—l)2 =+/5 nén B diing.
‘E‘ = (—3)2 +4% =5 nén C dang.
ab=2.(-3)+(~1).4=-10%0 nén A ding, D sai.
» Cau 8. Trong mat phang toa dd Oxy, cho hai vecto ii = (3;4) va o= (—8; 6). Khang dinh nao sau

day dung?
A. ‘ﬁ‘:‘ﬁ‘ B. M[O;—%j. va v cung phuong.
C. i vudng goc voi . D. i =—70.
= Loi giai
Chon C

Ta co u.v :3.(—8)+4.6 =0 suy ra i vudng goc voi v.

A N O I ~ - 1
» Cau 9. Trong hé toa dd Oxy cho u :51 —5j Toa do ctuia vecto u la

. L (1 . .
A. u=(5,-5j. B. u=[5;—5j. C. u:(—l;IO). D. u:(l;—IO).

= Loi giai

» Cau 10. Trong mat phang toa dd Oxy, @ = (5,'2), b= (10;6—2x). Tim x d€ 7;b cung phuong?
A. 1. B. -1. C. 2 D. 2.
= Loi giai
Chon A
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Ta cé: @;b cting phwong khi va chi khi: % = 6—22x ox=1.

» Cau 11.Trong hé truc toa dd Oxy, cho hai diém M(l;l), N(4;—l). Tinh d¢ dai vécto MN

A. ‘W‘:Jﬁ B. W‘:s. C. ‘W‘:@ D. ‘W‘:s.
= Loi giai
Chon A

MN =(3;-2) :‘Mﬁ‘:,b%(—z)z =13,
» Cau 12. Trong mat phéng toa do0 Oxy, cho ba diém A(3;—1), B(Z;IO), C(—4;2) Tinh tich vo
hudng AB.AC

A. AB.AC = 40 B. AB.AC =—40 C. AB.AC =26 D. AB.AC =26
= Loi gidi
Chon A

Tacs AB=(-1;11), AC=(-7;3).
Suy ra AB.AC =(~1).(~7)+11.3=40

» Cau 13.Trén truc (o,-?) cho ba didm A, B, C c6 toa do lan luot 1a —5;2;4. Khi d6 toa dé didm M

thao man 2MA +3MC +4MB =0 la:

Al B. Y c.2 D.2
3 9 3 4
= Loi giai
Chon B

2MA+3MC+4MB =0 & 2(-5-x,,)+3(4-x, ) +4(2-x, ) =0 = x,, =%

» Cau 14.Trén truc x'Ox cho toa d6 cac diém B, C lan lwot 1a m—2 va m* +3m+2. Tim m d€ doan
thang BC c6 d6 dai nho nhat.
A.-m=2 B. m=1 C.m=-1 D. m=-2
= Loi giai
Chon C
BC =|BC|=|m* +2m+4=(m+1)" +323 Vm e R. BC nho nhdt khi m-+1=0 < m =1

» Cau 15.Trong mat ph:fmg toa do Oxy, cho hai vecto Q= (—3;2) va b= (—1; —7). Tim toa d0 vecto

¢ bidt ca=9 va cb=-20

A. c=(-1;-3) B. c=(-1;3) C. c=(1;-3) D. c=(1;3)
= Loi giai
Chon B
Goi Z:(x;y)
|ea=9 {—3x+2y:9 {x:—l .
Taco <., & & ——)c:(—1;3)
ch=-20 |x-Ty=-20 [y=3

» TOAN TU TAM “
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» Cau 16.Cho OM = (—2;—1), ON = (3;—1). Tinh géc cua (Wﬁﬁ)

A. 135°. B \/5 g

S —— C. —-135°. D.
2
= Loi gidi
Chon A
Ta co cos(@,ﬁ): ﬂ/l@]_, = - =—£:(W,ﬁ)=135°.
‘OM JoN] Vs 2

» Cau 17.Cap vecto nao sau day vudng goc?

A. a=(2;-1) va b=(-3;4). B. a=(3;-4) va b=(-3;4)
C. a=(-2;-3) va b=(-6;4). D. a=(7;-3) va b=(3;-7)
= Loi giai
Chon C
Phuwong an A: ab= 2.(—3) + (—1).4 =-10#0 suy ra A sai.
Phuwong an B: b= 3.(—3) + (—4).4 # 0 suy ra B sai.
Phuong an C: b= —2.(—6) —34=0=alb suy ra C dung.
Phuwong an D: ab=73+ (—3).(—7) =42 #0 suy ra D sai.
» Cau 18.Cho tam gidc ABC cé A(1;2), B(—l;l), C(S;—l).Tinh COs A
2 -1 1 -2
A —. B. —. C. —. D. —=.
Vs Vs Vs Vs
= Loi giai
Chon B
Ta cb6 AB= (—2;—1), AC = (4'—3)
suy ra cosA—ABAC (_ ) ( ( ) N R

AB.AC \/ \/42 +(-3) NN

- —

» Cau 19. Trong mat phang (O i ]) cho2vecto: a=3i+6j va b= 81—4] Két luan nao sau day sai?

—

al.

—

A. ab=0. B.alb. C. la.p

=0.

= Loi giai
Chon C
a= (3;6);52 (8;—4)
Phuong an A: ab=24-24=0 nénloai A
Phuong an B: ab=0 suy ra a vudng goc bnén loai B

Phuong 4n C: ‘;HE‘ =3’ +674/8° +(—4)2 #0 nén chon C.

» Cau 20.Trong mat phang toa dd Oxy, cho ba vecto ;:(—2;3), 52(4;1) va c=ka+mb véi

k, m € R. Biét rang vecto ¢ vudng goc véi vecto (; + E) Khéang dinh nao sau day dtung?

» TOAN TU TAM Trang 4
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A. 2k=2m B. 3k=2m C. 2k+3m=0 D. 3k+2m=0.
= Loi giai
Chon C

—

) c:k;+mgz(—2k+4m;3k+m)
Tacd . . .

a+b=(2;4)
D ¢ L{a+b) e c(a+b)=0 e 2(-2k+d4m)+4(3k+m) =0 < 2k+3m =0,

» Cau 21.Trong mat phang Oxy cho A(—l;l), B(l;3), C(l;—l). Khang dinh nao sau day dung.

A. AB=(4;2), BC =(2;-4). B. AB LBC.

C. Tam gidc ABC vudng can tai A. D. Tam gidc ABC vudng can tai B.
= Loi giai

Chon C

Phueong an A: do AB = (2;2) nén loai A.
Phuong an B: AB= (2; 2), BC = (O; —4), ﬁﬁf =-8
suy ra AB khong vudng gécB—C” nén loai B.
Phuwong an C: Ta co E:(Zﬂ) , TCz(2;—2) , FCz(O;—4) , suy ra AB:AC:\/§ ,
ETC =0.Nén Tam giac ABC vuodng can tai A.Do d6 chon C.
» Cau 22. Trong méat phang toa &6 Oxy, cho hai diém A(l; 2) va B(—S;l). Tim toa d0 diém C thudc

truc tung sao cho tam gidc ABC vudng tai A.

A. C(0;6). B. C(5;0). C. C(31). D. C(0;-6).
= Loi giai
Chon A
AB=(~4;-1)

Ta cé C €Oy nén C(O;c) vas__, .
AC=(-L;¢c-2)

Tam gidc ABC vudng tai A nén ABAC=0< (—4).(—1) + (—1)(c —2) =0<c=6.
Vay C(0;6).
» Cau 23.Cho tam gidc ABC cé A(—l;2),B(O;3),C(5;—2). Tim toa d¢ chan duong cao ha tir dinh
A cta tam giac ABC.
A. (0;3). B. (0;-3). C. (3;0). D. (-3;0).
w Loi gidi
Chon A

B (o

» TOAN TU TAM “
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Tac6 AB= (l;l);TC = (6;—4);?6 =(5;—5).

Nhan thay rang AB.BC=15+ 1.(=5) =0 nén tam gidc ABC vuong tai B.

Vay chan dwong cao ha tit dinh A ctia tam gidc ABC trung véi dinh B (0;3).
» Cau 24.Cho diém A(—Z; 3) va vecto AM =3i- 27 .Vecto nao trong hinh la vecto AM?

I\y

S

e e R s

il

5 4 2 0 x
AV, B.V, C.V, D.V,
= Loi gidi
Chon D

Ta c6: V, =3i—2j
» Cau 25.Trong mit phing Oxy, cho hai diém B(-1;3) va C (3;1). Tim toa d6 di€m A sao cho tam
gidc ABC vudng cantai A.

A. A(0;0) hodc A(2;-4). B. A(0;0) hodc A(2;4).

C. A(0;0) hodc A(-2;-4). D. A(0;0) hodc A(-2;4).
= Loi gidi

Chon B

Tim toa do diém A sao cho tam giac ABC vudng can tai A.

) o AB=AC |AB*=AC’
Goi A(x;y). Tam gidc ABC vuodng can tai A < ==
ABLAC | AB.AC=0

(—1—x)(3—x)+(3—y)(1—y):0 Xyt -2x—4y=0  |x*-2x=0

2x =
Y {xzo,yzo

x=2,1y=4
x=2 Y

Vay A(0;0) hodc A(2;4).

& {x=0<:>

» Cau 26.Cho véc to ;(l; —2). Vi gia tri ndo ctia y thi véc to b= (3;y) tao véi vécto a mot goc 45°

A y=-9. B. [y . C. {y . D.y=-1.
y=9 y=-9
= Loi giai
Chon D

» TOAN TU TAM Trang 6
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~ o\ ab )
Ta co: Cos(a,b): ab 3-2y

B d

al.|b _\/g.w/9+y2.
ey Sy 3-2y 2
Goc gitta hai véc to a va b bang 45°suy ra cos(a,b):—:— 1).
J5aJo+y> 2 )
1 90+10y* =6-4 0-dy=0
& + =6—4y <
) ! 7090410y = (6-4y)
3
& ySE Sy=-1.
¥y’ —8y-9=0
» Cau 27.Trong mit phang toa d6 Oxy, cho AABC ¢6 A(—3;3),B(1;4),C(2;—5). Toa d6 diém M
théa man 2MA - BC = 4CM 1a:
A. M(l,éJ B. M(—l;—éj C. M(l;—éJ D. M(é;—lj
6 6 6 6 6 6 6 6
= Loi giai
Chon C
1
Ta c6 IMA - BC = 4CM o | (275 =271 =4(x=2) [T T :M(l;—EJ
23-1)-(5-)=a(w,+5) |, __5 6
=
6

» Cau 28.Trong mat phéng voi hé toa do Oxy, cho hai vecto i = (1;2) va = (4m;2m—2). Tim m

dé vecto i vudng goc véi T.

A.m:l. B.m:—l. C. m=1. D. m=-1.
2 2
= Loi gidi
Chon A

Hai vecto a¢5@a.5=0@4m+2.(2m—2)=0@8m—4=0@m=%.

» Cau 29.Trong mat phang véi hé toa dd Oxy cho tam gidc ABC ¢ trong tam G(% ; OJ, biét

M (1;—1) la trung diém cua canh BC. Toa d6 dinh A la
A. (2 0). B. (-2; 0). C. (0;-2). D. (0; 2).

= Loi gidi

M

» TOAN TU TAM m
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Goi A(xA;yA).Ta tinh duwoc H/f=(1—xA;—l—yA), @z(%;—lj.

T e 1mx, =1 x,=0 _
Ta co: AM =3GM < & . Vay A(0; 2).
—l-y,=-3 Ya=2

» Cau 30.Trong hé toa do Oxy, cho 3 diém A(—l;—l),B(O;l),C(3;O). Xac dinh toa do giao diém I
cta AD va BG voi D thuoc BC va 2BD =5DC, G la trong tam AABC

Al g;l B. 1 l;1 C. I 3—5;2 D. I 3—5;1
9 9 9 9

= Loi giai
Chon D
A
B D C
Ta cé AB= (l; 2),/Té = (4;1) — AB, AC khong ciing phueong.
15

_ _ X, =—
Tacc’)2@—5D—C'<:>{2XD5(3 %) N 7:D(1_5;2J
2y, 1)=5(v0) |, 2 T\
7

Trong tam G(%;Oj. Goi I(x;y) la giao diém caa AD va BG
L a7 -= (22 9) .
Tacod Al = (x+1;y+1),AD = (7,7] cung phuong
7(x+1) 7(y+1)

- = ©9x-22y—13=0
22 9

Ta lai c6 ﬁ:(x;y—l),ﬁ:[g;OJ cung phuong = ton tai s6 ke R

ﬁzkﬁ:g/zljl(%;l]

B. Cau hoi — Tra loi diing/sai
» Cau 31.Trong mat ph:fmg toa do, cho cac diém A(O;2);B(l;l);C(—l;—2). Céac diém A',B',C' lan

luot chia cac doan BC,CA, AB theo cac ti sO —1;% ;—2 . Khi d6:

(a) A'[O;—%j

(b) | B'(2;6)

1 4
C'| =;—
(o) (3 J

(d) | Badiém A’,B,C’ thang hang.

» TOAN TU TAM Trang 8
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-2 X
-3
—
s
A
5

(a1
(a) A[O, 2]

Theo dé baitacé AB=-A'C=-1= A’ Ia trung diém doan BC.

. Ve + ,
Theo cong thitc trung diém ta co: A (xB ade ; Yp e j = A (0;—%)

2 2
» Chon DPUNG.
(b) B'(2;6)
X, — ! X
C A7A
Xp = 2 -
T
Vi B’ chia CA ti sé’% nén %z%ﬁ = 12 Vay B'(-2;-6)
Ye=7Ya
yB = 21 :—6
1——
2
» Chon SAL
1 4
c) C'|=;—
(0 (3 3j
, (2 4
Tuong tu tinh dwoc C (g 'E) .
» Chon SAL
(d) Ba di¢im A',B',C' thing hang.
Tacé A'B = —2;—E ;A'C = E,E .
2 3°6
RO rang A'B'=-3A'C’ nén A',B,C' thang hang.
» Chon DUNG.
» Cau 32.Cho A(O;l);B(2; —3);C(1; —7). Khi do:
| Ménh dé | Pang | Sai

() ‘ Néu B la trung diém cia AM thi toa do diém M (1;-2). ‘ ‘

» TOAN TU TAM Trang 9
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(b) | Néu C la trong tam ctia tam giac ABG thi toa d¢ diém G(l; —3).

Néu D la dinh thtt tu ctia hinh binh hanh ABCD thi toa d¢ diém
D(-1;-3).

(c)

Néu E la diém thudc truc hoanh sao cho AE vudng goc véi BC thi

(d) toa dd E(4;0).

= Loi giai
(a) Néu B la trung diém ciia AM thi toa d¢ diém M(l; —2).
X, =2x, =4

Yu=2Yp=Ya=-7

Néu B la trung diém ctia AM thi { =>M (4; —7).

» Chon SAIL
(b) Néu C la trong tdm ciia tam gidc ABG thi toa d¢ diém G(l; —3).
Xo=3x.—x,—x,=1

Yo =3Yc—Ya—Yp="19 :G(l;_19)'

Néu C la trong tam cua tam giac ABG thi {

» Chon SAL
(c) Néu D la dinh thi tw ciia hinh binh hinh ABCD thi toa dg diéin D(-1;-3).
Ta co EB’=(2;—4); R=(1—xD;—7—yD).
x,=-1

v =N D(—1,-—3).

Néu ABCD 13 hinh binh hanh thi AB = DC = {

» Chon DUNG.
(d) Néu E la diém thudc truc hoanh sao cho AE vudéng goc véi BC thi toa dg E(4;O).
Vi E la diém thudc truc hoanh = E(u;O); AE = (a;—l); BC = (—1;—4)
Do AE vudng goc véi BC nén AEBC=0=—-a+4=0=a=4= E(4;O).
» Chon DUNG.
» Cau 33.Trong mat phéng toa do Oxy, cho A(—2;5),B(—4; —2),C(1;5). Khi do:
Ménh dé Pung | Sai
(a) | Ba diém A, B,C khong thang hang.

(b) G(—g;gj la toa d¢ trong tam ctia tam giac ABC.

(c) | T giac ABCD 1a hinh binh hanh khi d6 toa d6 diém D la D(3;10)

(d) | ACB=45
= Loi gidi
(a) Ba di¢in A,B,C khong thing hang.
Ta cé: AB= (—2; —7);/Té = (3;0).
Do i2 # % nén E,T(j khong cung phuong.

Vi vay ba diém A, B,C khong thang hang.
» Chon DUNG.

» TOAN TU TAM Trang 10
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(b) G(—g;gj la toa d¢ trong tdm cua tam gidc ABC.
. A iy A 58
Do G la trong tam ctia tam giac ABC nén G 33

» Chon DUNG.
(c) Tit gidc ABCD la hinh binh hanh khi d6 toa d6 diéin D la D(3;1o)

Gia st D(x;y). Ta co: Ez(—z;ﬂ);D—C':(l—x;S—y).
Tt gidc ABCD 1a hinh binh hanh néu AB=DC < {_2 sl {x =5
-1=5-y y=12.
Vay D(3;12).
» Chon SAL
(d) ACB=45
Tacor AB=y/(-2) +(-7) =+/53;

AC = \/[1—(—2)]2 +(5-5)" =3,
BC= \/[1—(—4)]2 +[5-(2)] =74
Ta c6: AB-AC =(-2)-3+(~7)-0=—6.

Suy ra cosBAC—cos(Eé /TC) AB-AC 0 :—2\/5 nén BAC ~106'.

‘AB‘ ‘AC RGEEEE

Ta cé: BA-BC=2.5+7.7=59.
Suy ra CosABC Cos(ﬁ B—C:) _B_I,qliiz >
‘BA‘.‘BC‘ J53 /74

Vay @zlsol(ﬁjﬂﬁ)zlso"—(106°+20°)=54°.

nén ABC ~20'.

» Chon SAL
» Cau 34.Trong mat ph:fmg toa do Oxy, cho cac vecto 4 = (2;3),5 = (—1;2),5 = (—6;4). Khi d6:
Ménh dé Dlng | Sai
(a) ‘ﬁ‘ =13
) | 6| =3
© | [¢]=+13

Vecto d cung phuong véi @ va ¢ o dai bang g co toa do [l;%j

hay (—1;—%)
() |d| =

» TOAN TU TAM m
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Ta c6: ‘Zi‘ —\22+3% =413,

» Chon DUNG.

) \5\ _

B‘:,/(—1)2+22 _\5,

» Chon SAIL
© [¢]=13

[¢|=y(-6) +4* =2413

» Ch()n SAI.

(d) Vecto d cung phwong voi a va cé dg dai bang —— 0 toa do ( J [ 1 —%)

Vid cung phuong véi i nén ton tai ke R dé d=ki= 2k 3k)
= |d| =4k + 9k =13k

M3t khac IHI=§:>\/13k2 =@:>13k2=%:>k=i

1
5
N \ O 3 - 3
Vay co hai vecto thoa man dé baila d = 1;5 hay d = —1;—5 .
» Chon DUNG.
» Cau 35.Trong mat phéng toa do Oxy, cho cac vecto 4 = (2; —2),5 = (4;1) vac= (0;—1). Khi do:
Ménh dé Ping | Sai

(a) | 2d-b-3¢=(0;-2)

(b) | Vecto € = (1; —1) cung phuong, cung hudéng véi vecto d

(c) | Vecto f: —1;—%] cung phuong, cuing huong véi vecto b

)| = %E +§z
w Loi gidi
(a) 2d b -3¢ =(0;-2)
20 =(4;-4)
Ta cd: {~b =(-4;-1)=d =2d-b -3¢ =(0;-2)
-3¢ =(0;3)
» Chon DUNG.

(b) Vecto € = (1; —1) cung phwong, cung hwéng véi vecto d
Ta d= (2; —2) =2¢ nén 4,¢ 1a hai vecto cung phuong véi nhau,

Hon nita ching cung hudéng véinhau vi 4 =ké, k=2>0.
» Chon DUNG.

» TOAN TU TAM m
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(c) Vecto f = (—1; —%) cung phwong, cung hwéng véi vecto b

Tuong tu: 52(4;1)2—4?, tiec la l;=kf,k=—4<0

Nén b va ]7‘ la hai vecto cung phwong, nguoc hwdéng voi nhau.
» Chon SAL

—

(dd=—b+

¢

D | D

1
2
Goi m,n 1a céc s8 théaman 4 =mb +n¢ (b,¢ khong ciing phuong).

1
2=m-4+n-0 m=

2
—2=m~1+n-(—1)<:> 5
2

Khidé:{ Vay i= E+§5.

N | —

n=
» Chon DPUNG.

» Cau 36.Trong mat phang toa d6 Oxy , cho tam gidc ABC c¢6 cic dinh thoéa man
OA=2i-7,0B=7+,0C=4i+].Khi d6:

Ménh dé Dlng | Sai

(@ | A(2-1),B(11),C(41)

(b) | E la trung diém AB nén E [% ;0]

(c) | G latrong tam AABC nén G[% ,%)

(d) | Piém D sao cho ABCD la hinh binh hanh nén D(2;—1)

= Loi giai
(@) A(2;-1),B(1;1),C(4;1)
Tacd: OA=2i = A(2-1)
OB=i+] = B(1;1).
OC=4i+]=C(4)
» Chon DUNG.
(b) E la trung diém AB nén E(%;Oj
X,+x, 2+1 3
» BT, T T2 3
E la trung diém AB nén hay E| —;0
_yA+yB_—1+1_0 2
Ye > 2

» Chon DUNG.

(c) G la trong tim AABC nén G(%%}

G latrong tam AABC

» TOAN TU TAM “
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xA+xB+xC:2+1+4:Z, yc—yA+yB+yC:_l+1+1=lhayG Z’l .
3 3 3 3 3 3 33
» Chon SAIL

(d) Diém D sao cho ABCD Ia hinh binh hanh nén D(2;—1)
Ta c6: ABCD 1la hinh binh hanh

@Zﬁ=§€<:>{xD_xA:xC_xB <:>{x13—2=4—1<:>{xD=5
Yo=Ya=Yc—Ys |(Yptl=1-1 yp =-1

Neén x_ =

Vay D(5;-1).
» Chon SAIL
» Cau 37.Trong mat phéng toa &6 Oxy, cho cac diém A(—4;1),B(2;4),C(2; —2). Khi do:
Ménh dé bung | Sai
(a) | Toa do diém D sao cho C la trong tam tam giac ABD la D(S;ll)
(b) R" = (O; —6);A—C" = (6; —3)
Toa d0 diém E thudc truc hoanh sao cho A, B, E théng hang la
E(-6;0)

(c)

(d) | Toadd F thoaman AF = BC-2AC+2CF la F(20;5)
= Loi giai
(a) Toa dp diém D sao cho C la trong tdm tam gidc ABD la D(8;11)

N _ X, Tt 2:—4+2+xD
C =
C la trong tam tam gidc ABD < 3 = 3 @{XD
_YaTtYstYp _2_1+4+yD yp,=-11
Ye = =
3 3
Vay D(8;-11).
» Chon SAIL
(b) BC =(0;-6); AC =(6;-3)
» Chon DUNG.

(c) Toa db diém E thuic truc hoanh sao cho A, B, E thﬁng hang la E(—6;O)
Goi E(x;0)e Ox = AE=(x+4;-1), AB=(6;3).
Ba diém A, B, E thang hang
< AE cung phuong AB

x+4:%lc>x+4:—2<:>x:—6.Véy E(-6;0).

6
» Chon DUNG.

(d) Toa d§ F théa man AF = BC—~2AC+2CF la F(20;5)
Goi F(x;y).

Ta co: ﬁz(x+4;y—l); ﬁ=(0;—6); E=(6;—3)
= 2AC =(~12;6);CF = (x~2;y+2) = 2CF = (2x —4;2y +4)

» TOAN TU TAM Trang 14
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Suy ra: BC—2AC +2CF = (2x~16;2y +4).
L — = x+4=2x-16 x =20
Ta c6: AF=BC-2AC+2CF < = .
y—-1=2y+4 y=-5

Vay F(20;-5).

» Chon SAL
» Cau 38.Trong mat phéng toa dd Oxy, cho ba diém A(—2;—1); B(l;3); C(Z; —3). Khi do:
Ménh dé Ping | Sai
(a) | A,B,C laba dinh mot tam gidc
(b) | Diém I(0;-2) la trung diém cia AB

(c) | Diém M thudc Ox sao cho AM + BM bé nhat c hoanh do béng %

(d) | Piém N thudc Oy sao cho BN +CN bé nhat c6 tung d6 bang 2
= Loi giai
(a) A,B,C laba dinh mgt tam gidc.
Ta c6: AB= (3;4);A—C) = (4; —2); vi %7& iz — AB, AC khong cling phuong.

Vay A, B,C khong thang hang hay A,B,C 1a ba dinh mot tam giac.
» Chon PUNG.
(b) Diém I(O,' —2) la trung diém ciia AB
Trung diém AB c¢6 toa dd [—% ;lj
» Chon SAL
(b) Diem M thujc Ox sao cho AM +BM bé nhit c6 hoanh do bﬁng %

Do vy, -y, =-1.3<0 nén hai diém A, B nam khéc phia so véi truc Ox .

Vi M thudc Ox ma AM+BM bénhatnén A, M, B théng hang hay AB, AM cling
phuong.

Goi M(x;O) e Ox = AM :(x+2;1).

Ta c6 : AB, AM cung phuong <:>XT+2:%<:>4x+8:3<:>x:—%.

A 5
Vay M (—Z ;Oj.
» Chon SAL
(c) Diéin N thudc Oy sao cho BN +CN bé nhit cé tung dg bing 2
Do x,-x.=1.2>0 nén hai diém B,C ndm cling phia so véi truc Oy .
Lay C" d6i xtiing v6i C qua Oy = C'(—2; —3) (liic nay C" va B khdc phia so véi truc Oy).
Vi N thudéc Oy nén CN=C'N .
Do vay BN +CN = BN +C'N; tong nay bé nhat
< B,N,C’ thang hang
= E,ﬁ)\f cung phuong.
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Goi N(O;y)eOy:ﬁ\f=(—l;y—3);§=(—3;—6).

Ta co :ﬁ,ﬁ cung phuong <:>_—?1)=y—_63<:>6=—3y+9<:>y=1.

Vay N(O,’l).
» Chon SAIL
» Cau 39.Cho tam gidc ABC c6 ba dinh A(I;Z), B(—2;6), C(9;8). Khi do:
Ménh dé Pung | Sai

(a) | Tam giac ABC vuodng tai A.

(b) | Tam dwong tron ngoai tiép ctia tam giac ABC c6 toa do la [% ;1)

(¢) | Tam gidc ABC c6 dién tich bang 25 (don vi dién tich).

(d) | Biém H thudc BC sao cho AH ng:fm nhat co toa do la (% ; %)

= Loi gidi
(a) Tam gidc ABC vudng tai A.
Tac6 AB=(-3;4), AC=(8;6)= AB.AC=-3.8+4.6=0

Do d6 AB L AC hay tam gidc ABC vudng tai A.
» Chon DUNG.

(b) Tam dwong tron ngoai tiép cua tam gidic ABC co tga dg la [% ;IJ .
Tam duong tron ngoai tiép cia AABC vudng la trung diém canh huyén, 1a di€ém c6 toa

6 1a [1;7j
>

» Chon SAL
(c) Tam gidc ABC c6 dién tich bang 25 ( don vi dién tich ).

AB=(-3:4), AC=(8;6) = [AB|=5;|AC| =10.

Vay dién tich tam gidc vudng AABC 1a §= %AB.AC _ %.5. 10=25 (don vi dién tich)
» Chon DUNG.
(d) Diéin H thuéc BC sao cho AH ngin nhét cé toa dé la [é ; %)
Diém H thudc BC sao cho AH ngan nhat < H 1a hinh chiéu ctia A trén BC.
Goi H(x;y) 1a hinh chiéu caa A 1énBC.
Tacé AH=(x-1;y-2), BH=(x+2;y-6), BC=(11;2)
AH 1 BC & AHBC=0&11(x~1)+2(y-2)=0 1lx+2y-15=0 (1)
-6

Mit khac BH, BC cung phwong nén x1_+12 = yT < (2)
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1x+2y-15=0 =
=
2x—11y+70=0

W W | —

Tw (1) va (2) ta ¢ : toa dd diém H thoa man hé {

Vay hinh chiéu cua A 1én BC la H(%,%J

» Chon SAL
» Cau 40.Trén man hinh ra da cua mot dai kiém soat khong luu (dwoc coi nhu mét phéng toa do
Oxy véi don vi trén cdc truc tinh theo ki-16-mét, mét mdy bay truc thang chuyén dong

thdng déu tir thanh phd A ¢6 toa do (600;200) dén thanh phd B c6 toa dd (200;500) va
thoi gian bay quang duong AB la 3 gio. Biét toa d0 M (x ; y) la toa d§ ctia may bay triec
thang tai thoi di€ém sau khi xudt phat 1 gio. Khi dé:

Ménh dé Pung | Sai
() | AM =(x-600;y—200)
(b) | AM =3AB
© | M (@;300]
3
(d) | AB=(400;300)
= Loi giai

Gia st M(x; y) la vi tri cia may bay tryc thang tai thoi diém sau khi xuét phat 1 gio.
Ta c6 AM =(x—-600;y—200), AB = (~400;300)

. — 1=
Vi may bay truc thang chuyén dong thang déu nén AM = EAB'

400 1400
Dods 1¥7000="7" L J¥=—3
y/—200=100 y =300

: A e s TS 14
Vay vi tri cia mdy bay truc thang tai thoi diém sau khi xuat phat 1 giola M (%, 300]

(@) AM =(x~600;y-200).

» Chon DUNG.
(b) AM =3AB.

» Chon SAIL
© M[@ ;3ooj .

» Chon DUNG.
(d) AB=(400;300).

» Chon SAL

C. Cau héi - Tra Loi ngin
» Cau 41.V6i m >0 thi c6 bao nhiéu ii = (2m—1;-2) cling phuong véi ¥ = (—Z;m +3).
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v'Tra loi: 1

Vi ﬁ:(2m—l;—2) cung phuong véi 5:(—2;m+3) nén (2m—1)(m+3)—(—2)(—2):0,
hay 2m’* +5m—-7=0

Do @6, m =1 hodac m:—%.

Vay chi c6 m =1 thda, do d6 c6 1 vecto i thoa.

» Cau 42.Trong mit phang toa dd Oxy, cho cac vecto @ = (2;—1),13 =(L;1) va H:(2m+2;1—m2). Co

bao nhiéu gia tri duong ctia tham s6 m dé d cing phuong véi .
. Loi gidi
v Tra 1oi: 1
2m+2 1-m’
-1

Taco :d cung phwong véi 4 khi va chi khi

& -2m-2=2-2m* < 2m’ —27;1—4:0(:{"1:_1
m=2
Vi m dueong nén m =2 thoa man.
» Cau 43.Trong mat phéng toa d0 Oxy, cho hai diém M (5;3),N (—3;5). Xac dinh gia tri hoanh do
ctia diém P sao cho ba diém M, N, P thang hang. Biét di€m P nam trén truc hoanh.
= Loi giai
v Tra loi: 17
P 1a diém ndm trén truc hoanh nén P (x,' 0) .

Ta co: m:(—8;2);m:(x—5;—3)

x=5=k.(-8) |¥7V7

=
—3=k.2 k:—E
2

Ba diém M,N,P théng hang khi MP =kMN <

Vay P(17,0)=x, =17.
» Cau 44.Cho cic diém A(l;Z),B(—Z;O);C(O;S), tinh tong tung d¢ va hoahf d6 diém M biét rf?mg

AM +2BM +3CM =0. Két qud lam tron déi hang phin muwoi.
= Loi giai
v Trd 10i: 2,3
Ta co m:(x—l;y—2),ﬁ/f:(x+2;y),a/f:(x;y—S).
. (x=1)+2(x+2)+3x=0
Tt diéu kién da cho ta= .
y—2+2y+3(y—5)=0

Giai hé phuong trinh ta dwoc x = —%,y :%, suy ra x+y = —%+%7:§z 2,3.
» Cau 45.Trong mat phang toa do6 Oxy, cho ﬁ=(m;2),5 =(-3;n) va E:(—2m;7). Tinh m+n biét
réng C=d+b , vOi m;n la cac so ty nhién.
= Loi giai
v'Tra loi: 6
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» Cau 46.Trong mat phéng toa do Oxy, cho A(2;2);B(1; —3);C(—3;0) . Xac dinh hoanh d6 diém E
thoa man AE=-2AB+3AC.
= Loi giai
v Tra 10i: -11
Giastr E(x;y).
Ta c6: AE=(x-2;y~2),AB=(-1;-5),AC =(-5;-2).
Suy ra —2AB+3AC =(-13;4).
, = — = x—2=-13 x=-11
Do d6 AE=-2AB+3AC < =
y—2=4 y=6.
Vay E(-11;6)
» Cau 47.Trong mat phéng toa do Oxy, cho tam gidc ABC co A(—3;4);B(—l; —2), C(8;1). Cé bao
nhiéu diém M trén duong thang BC sao cho dién tich ctia tam giac ABC bang ba lan
dién tich ctia tam gidc ABM .
= Loi giai
v Tra 10i: 2
Vi M nam trén duong thang BC
Nén S,,. =35,,,, < BC=3BM (hai tam gidc c6 cung duong cao ké tir A).
Gia st M(x;y) .
Ta co: BM =(x+1;y+2),BC =(9;3).
Truong hop 1: BC =3BM.
9=3(x+1) {x=2
=

323+ S Ny =t Vay M(2;-1).

Ta co: ﬁz?ﬁﬁ@{

Truong hop 2: BC=-3BM.

9=-3(x+1) {x:—4

3=-3(y+2)  |y=-3.
Vay c6 hai diém M thoa man bai toan la: M(Z;—l) va M(—4; —3).

» Cau 48.Trong mat phéng toa d¢ Oxy, cho hai diém A(I;S), B(9,'3). Cé bao nhiéu diém M thudc

Ta co: ﬁ=—3ﬁa{ Vay M(-4;-3).

truc hoanh thoa man AMB=90".

w Loi gidi
v Tra loi: 2
biém M thudc truc hoanh nén gia st M (m; 0) .
Ta co: m =(1—m;5);m =(9—m;3).
Theo dé bai, AMB=90" < MA-MB =0
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& (1-m)(9-m)+5-3=0 < m’ -10m+24=0<

Vay c6 hai diém M thoa man bai toan la: M(4;0) va M(6;0).
» Cau 49.Trong mat phang toa dd Oxy, cho hai vecto El':(3m;4m—1) va I;:(\/E,\/E) (voi m la
tham s6). Tim gia tri cia m d€ gbc gitta hai vecto @ va b bing 45 .
= Loi giai
v'Tra 10i: 0,25

Ta co: cos(?i,l;):cos45° = 3\/5m+(4m—1)x/§ :£<:> Im-1 =1
\/(3m)2+(4m—1)2-\/2+2 2 osm®—gm+1

,|25m* —8m+1>0 (1) ;
Ta co: va Tm—1=+25m"-8m+1 (3)

Tm—-1>0 (2)

Giai phurong trinh (3), thay gia tri nghiém vao (1), (2) dé€ ki€ém tra ta c6 m = %
» Cau 50.Trong mat phang toa do Oxy, cho hai diém A(4; —2) va B(10;4). Biét diém M trén truc
tung dé ‘]\ﬂ + Mé‘ dat gid tri nho nhat. Tung do ctia diém M bang bao nhiéu?
= Loi giai
v Tra loi: 1
biém M thudc truc tung nén gia st M (0; m).

Ta co: m=(4;—2—m), m:(10;4—m).
Suy ra MA+MB=(14;2—2m).

Do d6 ‘W+M1§‘=\/142 +(2-2m) 214.
D&u bang xay ra khi m=1.
= [MA+ MB| dat gié trj nho nhét biing 14 khi M c6 toa o 1a (0;1),
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Ly thuyét

1. Véc to chi phwong va vecto phap tuyén ctia dwong thang

]
{3‘ Dinh nghia Vecto chi phuong:

i

e —

/4 bud . \ ’ ? ? \ \71 ~ bl = \ y
» Vécto i goi la vécto chi phwwong ctia duong thang A néu i #0 va
gia cta u song song hoac trung véi A.

/
O

(1) Néu ii 1a mot VTCP ctia duong thing d thi ki , (k #0) cling 1a mot VICP cua d.
(2) Mot duong théng xac dinh khi biét mét VICP va mét diém ma no di qua.

v=__Dinh nghia Vecto' phap tuyén:

L 7=

» Vécto 1 goi la vécto phap tuyén ctia duong thang A néu 71 # 0 va gia
ctia 71 vudng goc vGi A.

AN ‘
(1) Néu 7 1a mot VIPT ctia duong thang d thi k. , (k # O) cling la mot VTPT ctad .

1)
(2) Mot duong théng xac dinh khi biét mot VIPT va md diém né di qua.
(3)

Néu 7i 1a mot VIPT cta duong thang d va i 1a mot VTCP ctia duong thang d thi
14=0.

U
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2. Lién hé giira VTCP va VTPT

L, Nhan xét:
(1) Tt nhan xét:
“Néu 7 la mot VTPT ctia dwong thang d va i la mot
VTCP cia dwong thang d thi ii=0"
= Ta rut ra duwoc:

“Néu 7= (a;b) la mét VIPT ctia dwong thing d thi

VTCP ciia d 1a ii = (b;—a) (ii = (~b;a) )"
(2) Tt nhan xét:

“Néu i la mot VTPT ctia dwong thang d va i la mét VTCP ciia dwong thang d thi
ni=0"
» Ta rat ra duoc:

“Néis ii = (a;b) la mot VICP ciia duwong thang d thi mot VIPT ciia d la 7i =(~b;a) (
ii=(b;-a))"

3. Phuong trinh duwong thang
s
o=+ "_Phuwong trinh tham sé:

| =

—=="Cho duong thang A di qua diém A(x,;y,)va cé vecto chi phuong (]

» Khi dé M(x;y)thudc duong thang A < ton tai s3 thuc t sao cho AM =tii, hay
=x,+at
X=Xx,+a (2)
y=y,+bt
Hé (2) duoc goi 1a phuong trinh tham s6 cia duwong thang A (t 1a tham s6).
» Duong thang d di qua M (xo ; yo) vaco VICP thi c6 phuong trinh tham
N1y JX =X, Hat R im0 S S T 2 ; ” 27
sO la " (Moi diém M bit ky thudc dwong thang (d) twong 1tng voi duy nhit
Y=Y+
mot s0' thwe t € R va ngueoc lai).
v Nhin xét: Ae A< A(x,+at;y, +bt),teR

xX=x,+at
y=y,+bt

Trong mat phang Oxy, moi phwong trinh dang { v6i @’ +b* =0 déu la phuong

trinh ctia duong thang d c6 mot VICP1a
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e

{«%‘: Phwong trinh téng quat:

S22 Moi duong thang déu cé phuong trinh tong qudt dang ax+by+c=0, véi a va b
khong dong thoi bang 0.

» Nguoc lai, mdi phuwong trinh dang ax+by+c =0, véi a va bkhdng dong thoi bang

0, déu la phrrong trinh ctia mot duong thang, nhan 7i = (a; b) la mot VIPT.

g e ™

(1) Puong thang d di qua diém M (x,;,) vacd VIPT 7i=(a;b) thi c6 phuong trinh

tong quat la a(x—x,)+b(y-y,)=0.
(2) Néu a=0 phuong trinh tré thanh by +c=0<y = —% duong thang song song voi

truc hoanh Ox va cit truc tung Oy tai diém M (O;—%j .

(3) Né&u b=0 phuong trinh tré thanh ax+c=0< x=—- dudng thing song song véi
a

truc tung Oy va cit truc hoanh Ox tai M [—E;O}
a

(4) Néu ¢ =0 phuong trinh tro thanh ax+by =0 duong thang qua gdc toa dd 0(0;0).
(5) Puong thang y=ax+b, (trong d6 a duwoc goi la hé 6 goc ctia duong thang) cd

VTPT la 7i = (a;-1).

Nguoc lai duong thang ¢ VIPT ii = (a; b) thi c6 hé so goc la —%.

(6) Puong thang d di qua diém A(a;0) va B(0;b) c6 phuong trinh la LA

a b /

IVQ 3
v=s__Phwong trinh chinh tac:

S

=", Duong thing d di qua diém M (x0 ;yo) va co VICP (] voi a#0,b#0 co

X _ ¥~ Yo
a b

phuong trinh chinh tic la: ~
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G?Céc dang bai tap

R Dang 1. Phwong trinh tham s6 clia dwong thang

— 4}"& Phuwong phap )
Dé lap phuong trinh tham s6 ctia duong thang A ta can xac dinh:
» mot diém M (x,;y,) e A

» mot vécto chi phuongii = (u,;u, ).
xX=x,+tu,

Vay phuong trinh tham s8 ctia duong thang A: {
Y=y, +tu,

Vidy 1.1.
Trong mat phang Oxy, viét phuong trinh tham s§ duong thang A biét A di qua I

M(1;2) va c6 vécto chi phuong i =(-1;3) .
= Loi giai
x=1-t

Phuong trinh tham s duong thang A
y=2+3t

Vidu 1.2.
' Trong mat phang Oxy, duong thang d di qua A(l; 2), B (3 ; 1) . Viét phuwong trinh tham
s6 duong thang d.
= Loi giai
Duong thang d qua A (l; 2) vanhén AB= (2; —1) lam véc-to chi phuong
x=1+2t

Vay phuong trinh tham s§ duong thang d : { 5
y=2-

Vidu 1.3.
Trong mit phang Oxy, dwong thang d di qua M (—2; 3) va song song véi duong thang

EF . Biét E(0;-1),F(-3;0).Viét phuong trinh duwong thang d.
= Loi giai

Ta c6 EF =(-3;1).

x=-2-3t

y=3+t

» TOAN TU TAM Trang 4
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R Dang 2. Phwong trinh tdng quat clia dwong thang

— L Phucong phip ),

D& lap phurrong trinh tham s ctia duong thang A ta can xac dinh:
» mot diém M(xo;yo) eA

» mOt vécto phép tuyén 7i=(a;b).
Vay phuong trinh duong thang A a(x =i, ) + b(y - yo) =10
» Phuong trinh tdng quat duwong thang A:ax+by=c véi c = —( ax, +by, )

4 Vidu2.1.

Trong mat phang Oxy, viét phuong trinh tong quat duong thang A di qua diém
M (~1;5) va c6 vecto phép tuyén 7i =(-2;3).

= Loi giai
Phuong trinh duong thang A —2(x+1)+3(y—5) =0 2x+3y-17=0.
Vay phuong trinh tong quat duong thang A:—2x+3y—17=0.

4 vidu2.2.

Trong mat phang Oxy, viét phuong trinh tong quat duong thang A di qua diém
N(2;3) va vuong goc véi duong thang AB véi A(1;3), B(2;1).
= Loi giai
Ta co AB = (1;—2).
Duong thang A qua N (2;3) vanhan AB= (1; —2) la vec- to phap tuyén.
Phuong trinh dudng thang A:(x-2)-2(y-3)=0< x—-2y+4=0.
Vay phuong trinh tdng quat dueong thang A:x—2y+4=0.

Vi du 2.3.

Trong mit phang Oxy, viét phuong trinh tong quat ctia duong thang d di qua
A(—1;2) va vudng goc véi duong thang A:2x—y+4=0.
= Loi giai

» Cdch 1:

Phuong trinh duong thang d c6 dang x+2y+C =0.

Vid diqua A(—1;2) nén ta cd phwong trinh -1+22+C=0<C=-3.

Vay phuong trinh téng quat dueong thang ctia deong thang d:x+2y-3=0.
» Cdch 2:
Puong thang A ¢ mét vec- to chi phuong i =(1;2).

Vi d vudng goc véi A nén d nhan i = (1;2) lam vec- to phap tuyén.
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Phuong trinh tong quat duong thang d : (x +1) + Z(y —2) =0 x+2y-3=0.
?
Vi du 2.4.

Trong mat phang Oxy, viét phuong trinh tdng quat cia A la duong trung truc cta
doan th:fmg AB véi A(—4;—1),B(2;3).
= Loi giai
Goi I la trung diém cua doan théng AB= I(—l;l), AB = (6;4) = 2(3;2)
Vi A L AB nén A c6 mot VIPT la 7i =(3;2)
Vay PTTQ cia A 1a 3(x+1)+2(y—1)=0<3x+2y+1=0

Vidu 2.5.

!

: : =2t 2t .
Trong médt phang Oxy, cho duong thang A:{x T va A':{x , . Viét phuong
y= y=

trinh tham s& ctia duong thang d d6i xing véi A’ qua A.

= Loi gidi
Goi M=ANA'= M(-6;4).
C6 A(-2;0)e A’ khéc M.

Tim toa d6 hinh chiéu ciia A lén A 1a H(—g %)
A « A7 Ao ’ 2 \ ' 16
Toa do diém dodi xttng cia A qua A la A (—g,?j

x=22-71

Vay duong thang can tim 1a d: { l
y =
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R Dang 3. Vi tri twong d8i clia dwong thang

— g? Phuong phap ) \

Cho cac duong thang A:ax+by+c=0 va A:ax+b'y+c' =0.
Khi d6 ta c6 7i = (a;b) va 7' =(a’;b') Ian luot 1a vecto phap tuyén ctia A va A’.
D€ xét vi tri twong doi ctia A va A" trudc hét ta dwa vao cac vecto 7 va 7' . Cu thé ta co:

(1) A cit A’ khi va chi khi i,;tg, honnttanéu AA'+BB' =0 thi A L A’.
a

) = T i L
a b c

3) A//A’ Kkhiva chikhi =2 €
a b c

(4) Néu A cat A’ va goi ¢ 1a géc gifra cac duong thang A.A" thi cosy =‘Cos(ﬁ; ).
Chu y:

(1) Viéc xét vi tri twong d&i ctia A va A’ cling dwoc xét qua s6 diém chung.

(2) Viéc xét vi tri trong ddi va tinh goc gitta A va A’ cling dwgc thyee hién qua cac

vecto chi phwong.

Vidu 3.1.
Cho ba duong thang: d,:2x+y—-1=0, d, :x+2y+1=0, d, :mx—y—7=0. Chttng minh

rang cac duong thing d, d, cit nhau va tim gia tri cia tham s6 m dé ba duong thin
g g g a4, 4, & g &

trén dong quy.
w Loi gidi
, |2x+y-1=0 x=1
Ta co: = .
x+2y+1=0 y=-1

T dosuyrad,,d, cit nhau tai A(l;—l) .
Ba duong thang da cho dong quy khi va chi khi d, ciing di qua diém A hay A ed,
Suy ram.l—(—l)—7 =0 m=6.

Vidu3.2.
Cho céc dudng thang A: 2x+3y—5=0, A':3x—2y—1=0 va diém M (2;3)

(1) Xét vi tri twong d6i gitra cc duong thang A va A’
(2) Biét d1a duong thang di qua diém M va tao véi cac duong thang A, A’ mot tam

giac can. Tinh gdc gitra cdc duong thang A va d.

= Loi giai

(1) Xét vi tri trong d6i gifta cac dwong thang A va A’

» TOAN TU TAM m
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Taco 7= (2;3) vai = (3; —2) la cac véc to phép tuyén ctia A va A'.
Ta thay # va 1" khong cung phuong vi %;t iz tir d6 suy ra A va A’ 1a cic duong thang
cat nhau.
(2) Tinh goc gitta cac duwong thang A va d
Ta cé ' =23+ 3.(—2) =0 do dé A va A’ 1a cac duwong thang vudng géc véi nhau.
Goi A=ANA"'B=And,C=dnA"

Khi d6 tam giac ABC la vudng tai A do d6 néu tam giac ABC can thi B=C =%

Tit d6 suy ra goc gitta cac duong thang A va d bang %

. Vidu 3.3.
Cho hai dudng thang A: (m+3)x+3y—2m+3=0, A’":2x+2y+2-3m =0. Tim gid tri ctia
tham s6 m deé:
(1) Puong thang A song song véi A’
(2) Duong thang A cat duong thang A'.
= Loi giai
(1) Puong thang A song song véi A’

m+3 3

A cit A’ khi va chi khi ¢E<:>m¢0.

(2) Duong thang A cat duong thang A’
Theo cau (1) @& A//A’ thi truedc hét ta phai c6 m=0.
Véi m=0 khi d6 dé dang ta nhan thdy A=A'.
Vay khong ton tai m dé A//A'.
m+3 3 -2m+3

Chity:  Ta co thé lam theo cach sau: A//A’ khi va chi khi ) 7 2-3m .
2-3m=#0
Hé trén v nghiém do d6 khong ton tai m dé A//A'.

{ Vidu3.4.
Cho hai duong thang song d, :5x—7y+4=0 va d,:5x—7y +6=0. Phuong trinh duong
thdng song song va cach déu 4, va d, 1a?
= Loi giai
Goi la d duong thang song song va cach déu d, va d, .

Suy ra phuong trinh d c6 dang: 5x -7y +c=0 (c #4,c# 6)

c—4| c—6 [c—4=c—6
= < <=5

\/52+(—7)2 ) \/52+(—7)2 c=4=—+6

» TOAN TU TAM Trang 8
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Vi du 3.5.

x=9+at

X4ac dinh tat ca cac gia tri ciia a d€ goc tao boéi duong thang { o
y=1/-

(t € R) va duong
thang 3x+4y—2=0 bang 45°.
= Loi gidi
Goi ¢ la gbc giita hai duong thang da cho.
x=9+at

(t € R) co6 vecto chi phwong la i = (a;—2).

Duong thi
uong thang {y o

Duong thang 3x+4y—2=0 ¢ vecto chi phuong 1a 7 = (4; —3) .

Ta cb cosp = ‘cos(ii,?))‘
o condse 1.7 o] [4a+ 6|
Ccos = —— =
A T2 sV
2
<:>5\/a2+4=\/5‘4a+6‘<:>25a2+100=32a2+96a+72<:>7a2+96a—28=0<:> =
a=-14

» TOAN TU TAM Trang 9
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R Dang 4. Khodng cach tir mat diém dén dwong thang

ol i
o Phuong phap )
Cho diém M (x,;y, ) va duong thang A: Ax+By+C =0.

Khi &6, khoang cach tir diém M dén duong thang A dwoc tinh: d(M A) = ‘Axo 5y, * C|
| ' Ja B

4 vidual.
" Tim khoang céch tir diém M (1;2) dén duong thang A:4x+3y-2=0. I
= Loi giai

Ap dung cong thiic tinh khoang cach ta 6 d(M, A) #1+32°7 s
p dung cong thirc tinh khoang céch ta cd S A)=—T =,
VA +32 O

Vidu 4.2.
Tim nhitng diém nam trén dueong thang A: 2x+y—1=0 va cé khoang cach dén duong
thang d: 4x+3y—10=0 bang 2.

= Loi giai
GQiMeA,khid(')M(m;l—2m).
n ] m=3
, -2m-17 2m-7= 10 )
T = = .
acod(M,d) 2<:>\/m 2@{_2;11_7:_10@ m:_1_7
2

Vay c6 hai diém thoa diéu kién bai toan la M, (%;—2} va M, [—177; 18) .

Vidu 4.3.
' Viét phuong trinh duwong thang di qua diém A(l;—3) va c6 khoang cach dén diém
M (2;4) bang 1.
= Loi giai
Goi A 1a duong thang di qua diém A(l;—3) vacohésogocla k.
Khi d6 phurong trinh dudng thing A ¢6 dangy =k(x—1)-3 hay kx—y—-k-3=0.
Theo dé ta cé d(M, A) =1
2k—4-k-3|
<:> N
k*+1
Vay duong thang A can tim ¢ phuong trinh 1a 24x—7y—45=0.

» TOAN TU TAM Trang 10
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Vidu 4.4.
Trong mit phang Oxy, viét phrong trinh duong thang di qua diém M (2;5) va cach
déu A(-1;2) va B(5;4).

= Loi giai
Goi phuong trinh duong thang d can tim 1a ax+by +c =0 (a2 +b* # 0) (1).
Do M(2;5)ed néntacod: 2a+5b+c=0<c=-2a-5b.
Thay ¢=-2a-5b vao (1) ta c6 phuong trinh duong thang d tré thanh:
ax+by-2a-5b=0 (2).
Vi d cach déu hai diém A va B nén:
(-1)a+2b—-2a—5b |sa+4b—2a-50]
Ja? +1 e

@\3a+2b\=\3a—b\@9a2+18ab+9b2 94> —6ab+b° <:>8b2+24ab=0<:{

b=0

b=-3a’
Truong hop 1: V6i b =0 thay vao (2)

Ta dugc phuong trinh duong thang d 1a: ax+0y-2a-5.0=0<ax-2a=0< x-2=0.
Truong hop 2: V6i b=-3a ta chon a=1, b=-3 thay vao (2)

Ta duegc phuwong trinh duong thang d 1a: lx—3y—2—5.(—3) =0 x-3y+13=0.

» TOAN TU TAM m
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Luyén tap

A. Céu héi — Tra 10i trdc nghiém
» Cau 1. Trong mit phang Oxy, duong thang (d): ax+by+c=0, (az +b* 0). Vecto nao sau day
1a mot vecto phap tuyén ctia duwong thang (d)?
A. ii=(a;-b). B. ii=(b;a). C. 7i=(b;—a). D. 7i=(a;b).
= Loi giai
Chon D
Ta c6 mot vecto phap tuyén ctia duong thang (d )1a 7i=(a;b).
Do d6 chon dap an D. 7, =(-a;b).
» Cau 2. Cho duong thing d c6 mot vecto phap tuyén la 7= (a;b), a,beR. Xét cac khang dinh
sau:
1. Néu b =0 thi duong thang d khong cé hé s6 goc.
2.Néu b0 thi hé s goc ctia duong thing d la %

3. Puong thang d c6 mot vecto chi phuong 12 i = (b;—a) .
4. Vecto ki, ke R la vecto phap tuyén cua 4.
C6 bao nhiéu khang dinh sai?
A. 3. B. 2. C. 1. D. 4.
= Loi giai
Chon B
d c6 mot vecto phap tuyénla 7= (u;b) = phuong trinh d:ax+by+c=0.
Néu b =0 thi duong thang d: ax +c = 0khong c6 hé s§ géc = khéang dinh 1 dtng.
Néu b0 thi duong thing d:y = —%x —% c6 hé s8 géc la —% — khéng dinh 2 sai.

V6i i = (b; —a) =ii=0=1 L7 =1 la mot vecto chi phuong ctia d = khang dinh 3
duang.
Chon k=0eR= ki = (0; 0) khong phai 1a vecto phap tuyén cia d = khang dinh 4 sai.
Vay ¢6 2 ménh dé sai.

» Cau 3. Trong mat phang toa dd Oxy, cho duong thang d:x—2y+3=0. Vecto phdp tuyén cta
duong thang d 1a
A.ii=(1;-2) B. ii=(2;1) C. 7i=(-2;3) D. 7i=(1;3)

= Loi giai
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Chon A
» Cau 4. Cho duong thing (d) :3x+2y—-10=0. Véc to nao sau day la vécto chi phuong cua (d)?
A.ii=(3;2). B.i=(3;-2). C.i=(2;-3). D. i =(-2;-3).
= Loi giai
Chon C
Duong thang (d) c6 mot vécto phap tuyén la 7 = (3 ; 2) nén (d ) c6 mot vécto chi phurong
1a i =(2;-3).

» Cau 5. Cho duong théng A:{"

2 mdt vecto phap tuyén ctia duong thang A c6 toa d6

y=-3+3t
1
A. (5-3). B. (6;1). c (5,3) D. (=53).
= Loi giai

Chon B

xX=35 —lt 1
A: 2 b mot vecto chi phuong la i = (—5 ;3] suy ra c6 mot vecto phap tuyén la

y=-3+3t

n= (3;%). Do d6 duong thang A ciing c6 mdt vecto phap tuyén cé toa do (6;1).

» Cau 6. Trong hé truc toa dd Oxy, vécto nao la mot vécto phap tuyén ctia duong thang

d: x=-2-t ?
y=-1+2t

A.7i=(-2;-1). B. ﬁ:(z;—l). C.ri=(-12). D. 7ii=(1;2).
= Loi giai

Chon A

Mot VTCP ctia duong thang d 1a i = (—1;2) =mot VIPT ctia d 1a i = (—2;—1).

» Cau 7. Vecto chi phwrong ctia duong thang d: {x =14 la:
y=-2+3t

A.ii=(-4;3). B. ii=(4;3). C.1i=(3;4). D. i =(1;-2).
= Loi gidi

Chon A

x=1-4t

cO vecto chi phwong la 1 =(-4;3).
y=-2+3t P & ( )

Duong thang d: {
» Cau 8. Vector nao dudi day 1a 1 vector chi phuong ctia deong thang song song véi truc Ox :
A. i =(1;0). B. i=(1-1). C.i=(11). D. i =(0;1).
= Loi giai
Chon A
Vector 1 = (1,' O) la mot vector chi phwong cua truc Ox

Cac duong thang song song véi truc Ox 6 1 vector chi phuong 1a ii = i= (1 ; O)

» TOAN TU TAM m
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» Cau 9. Cho duong thang d:7x+3y—1=0. Vecto nao sau day la Vecto chi phuong ctia d?

A.i=(7;3). B. i=(37). C.i=(-37). D. i =(2;3).

= Loi giai

Chon C

Puong thang d ¢6 1 VTPT la i =(7;3)nénd c6 1 VTCP la i =(-3;7).
» Cau 10.Cho duong thang d: 2x+3y—4=0. Vécto nao sau day la vécto phap tuyén ctia duong

thangd ?

A. i =(3;2). B. 7i, =(—4;-6). C. 7, =(2;-3). D. 7, =(-2;3).
= Loi gidi

Chon B

Vécto phéap tuyén cta duwong thang d: 7, = (—4 ;—6).
» Cau 11.Cho duong thang d: 5x+3y—7=0. Vecto nao sau day la mot vec to chi phuong ctia
duong thang d?
A. 1 :(3;5). B. 7, :(3;—5). C. 1, :(5;3). D. 1, :(—5;—3).
= Loi giai
Chon D
Duong thang d: 5x+3y—7=0 cd vec to phap tuyén la: i = (5;3).
Ta c6: n.ii, =0.
= d c6 mot vec to chi phuwong la 7, = (3; —5).

» Cau 12.Cho duong thang A:x—2y+3=0. Véc to nao sau day khong la véc to chi phuong ctia A

?

A.ﬁ:(4;—2). B.az(—z;—l). C.ﬁ1=(2;1). D.ﬁ=(4;2).
= Loi giai

Chon A

Néu i 1a mot véc to chi phuong ctia duong thang A thi k.ii, Vk # 0 cling 1a véc to chi
phuong ctia duwong thang A.
T phuong trinh duong thang A ta thdy duwong thang A ¢6 mot véc to chi phuong cé toa
do la (2; 1) .Do dé vécto i = (4;—2) khong phai la véc to chi phuwong cua A.
» Cau 13.Cho hai diém A= (1;2) va B= (5;4). Vecto phap tuyén cua duong théng AB la
A. (-1;-2). B. (1,2). C. (-2;1). D. (-1;2).
= Loi giai
Chon D
Taco AB=(4;2)=2(2;1)
suy ra vecto phdp tuyén ctia dudng thang AB 1a 7, =(-1;2).
» Cau 14.Cho duong thang d:7x+3y—1=0. Vecto nao sau day la Vecto chi phuong ctia duong

thang d?

A.ii=(7;3). B. ii=(3;7). C.i=(-3;7). D. i =(2;3).
= Loi giai

Chon C
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Puong thang d ¢6 1 VTPT 1a 7 =(7;3)nén d ¢6 1 VTCP la i =(-3;7)
» Cau 15.Trong mit phang véi hé toa dd Oxy, cho duong thing d:x—2y+1=0. Mot vecto chi
phuwong ctia duong thang d 1a

A.ii=(1;-2). B.i=(2;1). C.i=(2-1). D. i=(1;2).
= Loi gidi
Chon B
DPuong thang d:x—2y+1=0. c6 vecto phap tuyén la 7i = (l; —2) = Vecto chi phuwong cta
dlai=(2;1).

» Cau 16.Trén mat phéng toa do Oxy, cho hai diém A(—2;3) va B(4;—1). Phwong trinh nao sau
day la phueong trinh duong thang AB?

- - =1+3t
A . x+y-3=0. B. y=2x+1. C.%:y—l. D. {x

—4 y=1-2t
= Loi giai
Chon D
Bon phuong trinh da cho trong bén phuwong an déu la phuong trinh ctia duong thang,
Thay Tan lugt toa d cia 4, B vao ting phuwong an ta thdy toa do cua ca 4 va B déu
thoa phuwong an D.
» Cau 17.Phuong trinh tham s§ ctia duong thang di qua hai diém A(2;-1) va B(Z;S) la

x =2t x=2+t x=1 x=2
A. : B. . C. : D. .
y =—6t y=5+6t y=2+6t y=-1+6t
= Loi giai
Chon D
Vecto chi phuwong AB :(0;6).

Phuong trinh dwong thing AB di qua A va c6 vecto chi phuong E:(O,ﬁ) la

x=2
y=-1+6t

» Cau 18. Trong mat phang toa do Oxy, cho hai diém A(3 ;= 1) va B ( —6; 2). Phwong trinh nao dudi
day khong phai la phwong trinh tham s& ctia duong thang AB?
{x:3+3t {x:3+3t {x:—%' {x:—6—%
A. . B. . C. . D. .
y=—1-t y=—1+t y=t y=2+t
= Loi giai
Chon B
e Cach 1: Thay toa d¢ cac diém A, B Ian luot vao cac phuong trinh trong cac phwong an
trén thi thdy phuong an B khong théa man.
o C4ch 2: Nhan thay rang cac phuong trinh 6 cac phuong an A, C, D thi vecto chi phuong
ctia cac duong thang d6 cting phuong, riéng chi c6 phuong an B thi khong.
» Cau 19.Phuong trinh tham s6 ctia duwong th.’fmg qua M(l; —2) , N(4;3) la

x=4+t x=1+5t x=3+3t x=1+3t
A. . B. . C. . D. .
y=3-2t y=-2-3t y=4+5t y=-2+5t
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Chon D
Duong thang cé vécto chi phuong 1a MN = (3; 5) vadiqua M (1; —2) nén co6 phuong trinh
x=1+3t

tham so la .
y=-2+5t

» Cau 20.Phurong trinh tham s& ctia duong thang di qua hai diém A(3;—1), B(—6;2) la

x=-1+3t x=3+3t x=3+3t x=3+3t
A. . B. . C. . D. .
y =2t y=-1-t y=—-6-t y=—1+t
Loi giai
Chon B

Tac6 AB=(-9;3)=u,, =(3;-1).
\ N N 2 L lXx= 3+3t
Suy ra phwong trinh tham so ctia dwong thang AB 1la { Lt
y=-1-
» Cau 21.Trong mat phéng toa do, cho hai diém A(S;O),B(0;2) va duong théng d:x+y=0.Lap

phuong trinh tham s6 ctia duwong thang A qua A va song song voi d .

x=t x=t x=-t x=-t
A. . B. . C. . D. .
y=3-t y=3+t y=3-t y=3+t
= Loi giai
Chon A
Ta co A song song véi d nén A:x+y+C :O(C ;tO).
A qua A(3;0), suy ra 3+0+C =0 < C =-3(nhan)
Nhuvay A:x+y—-3=0
=t
Vay Acé phuong trinh tham s6: {x s
y=2>-
» Cau 22.Trong m4t phang Oxy cho diém M (1;2). Goi A, B la hinh chiéu cia M 1én Ox,Oy . Viét
phuong trinh duong thang AB.
A. x+2y-1=0. B. 2x+y+2=0. C. 2x+y-2=0. D. x+y-3=0.
= Loi giai
Chon C
Ta c6 hinh chiéu ctia diém M (1;2) 1én Ox,Oy Ian luot la A(1,0) va B(0,2).

Do d6 phuong trinh duong thang AB 1a %+ L oloox+ y-2=0.

2
» Cau 23.Phuong trinh duong thang d di qua A(l; —2) va vudng gbéc véi duong thang
A:3x-2y+1=0 la:
A.3x-2y-7=0. B. 2x+3y+4=0. C. x+3y+5=0. D. 2x+3y-3=0.
= Loi giai
Chon B
Do d L A= n,(2;3)
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Ma duwong thing d di qua A (1 ; —2) nén ta <6 phweong trinh:
2(x-1)+3(y+2)=0< 2x+3y+4=0.
Vay phuong trinh duong thang d:2x+3y+4=0.
» Cau 24.Cho duong thang d:8x—6y+7=0.Néu duong thing A di qua gdc toa dd va vudng goc
v6i duong thang d thi A ¢6 phuwong trinh 1a
A. 4x-3y=0. B. 4x+3y=0. C. 3x+4y=0. D. 3x—4y=0.
= Loi gidi
Chon C
Vi A vudng goc véi duong thang d:8x—6y+7 =0 nén phuong trinh A:6x+8y+C=0
Ma A di qua g6c toa dd nén ta cd: 6.0+8.0+C=0< C=0.
Vay phuong trinh A:6x+8y=0 hay A:3x+4y=0
» Cau 25.Duodng thang di qua diém A(1;11) va song song voi dudong thang y=3x+5 c6 phuong

trinh la

A. y=3x+11. B. y=(-3x+14).  C.y=3x+8. D. y=x+10.
= Loi gidi

Chon C

Goi (d) 1a duong thang can tim. Vi (d) song song véi duong thang y =3x+5 nén (d) co
phuwong trinh y=3x+a, a#5.
Vi (d) di qua diém A(1;11) néntaco 11=3-1+a=>a=8.
Vay phuong trinh duong thang (d ) can tim la y =3x+8.
» Cau 26.Trong mat phéng v6i hé toa do Oxy, cho ba diém A(3;2) . P(4;0) va Q(O; —2). Puong
thang di qua diém A va song song v6i PQ c6 phuong trinh tham s 1a:
A x:3+4t. B. x=3—2t. C. x:—1+2t. D. x:—1+2t.
y=2-2t y=2+t y=t y=-2+t
= Loi gidi
Chon C
Goi d 1a duong thang qua A va song song véi PQ.

|A(32)ed x=3+2t
Ta co: - —>d:

i, =PQ=(—4-2)=-2(21) y=2+t
x=—-1+2¢
y=t
» Cau 27.Trong mat phéng voi hé toa do Oxy, cho hinh binh hanh ABCD c6 dinh A(—2 ;1) va

t‘—2>M(—1;0)ed—>d:{ (teR).

, =1+4t
phuong trinh duong thang chita canh CD la {x 3 Viét phuwong trinh tham s6 cua
y =
duong thang chita canh AB.
A x:—2+3t. B. x:—2—4t. C. x:—2—3t' D. x:—2—3t'
y=-2-2t y=1-3t y=1-4t y=1+4t
= Loi giai
Chon B
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A(-2;1)€ AB, i, =(43)
ABIICD — il =—ii., = (—4;-3)

x=-2-4t

y=1-3t (teR).

—)AB:{

» Cau 28.Viét phuwong trinh tham s ctia duong thiang d di qua diém M (—3;5) va song song voi
duong phan giac ctia goc phan tu tht nhat.
x=-3+t x=-3+t x=3+t x=5—t
A. . B. . C. . D. .
y=5-t y=5+t y=-5+t y=-3+t
= Loi giai
Chon B

=3+t
Goc phan tu (I) x—y:O——>VTCP:ﬁ(l;l):ﬁd—%d:{x " (teR).
y=5+t

» Cau 29.Viét phuong trinh tham s8 cta dwong thang d di qua diém M (4; —7) va song song voi

truc Ox .
x=1+4¢ x=4 x==T7+t x=t
A. ) B. i C. ) D. .
y=-Tt y=-T+t y=4 y=-7
= Loi giai
Chon D
. . x=4+t _, x=t
qu:(l;O)——md:(l;O)——)d: ——>A(0;—7)ed—>d: .
y=-7 y=-7

» Cau 30.Trong mit phang véi hé toa dd Oxy , cho diém I (1;—1) va hai duong thang
d:x+y-3=0,d,:x-2y—-6=0. Hai diém A,B Ian lwot thudc hai dwong thang d,,d, sao
cho I 1a trung diém ctia doan thang AB. Duong thang AB c6 mot vécto chi phurong la
A. i =(1;2). B. i, =(2;1). C. i, =(1;-2). D. i, =(2;-1).

= Loi giai
Chon A
Vi Aed, giasu A(a;3-a);
Vi Bed,, gid st B(2b+6;b)
a+2b+6
2
3—a+b
2
+2b=—4 =2 — —

= <1777 = A(21);B(0;-3)= BA =(2;4) = BA=2ii,.

a-b=>5 b=-3

Vay duong thang AB c6 mot vécto chi phuong 1a i, = (1 ; 2) .

1
I 1a trung diém ctia doan thang AB khi va chi khi
-1

B. Cau hoi — Tra loi ding/sai
» Cau 31.Trong mat ph:fmg toa do Oxy, cho M(I;Z),N(3;—l),ﬁ = (2;—1),51' = (1;1). Khi do:

| Ménh dé | Pang | Sai
Phuong trinh tdng quét ctia duong thang d, di qua M va c6 vecto

phap tuyén 7 la 2x—y =0

» TOAN TU TAM m
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Phuong trinh tham s6 ctia dwong thang d, di qua N va c6 vecto chi
=3+t
) phuong u la {x N
y=—1+t

Phuong trinh tham s6 ctia dwong thang d, di qua N va c6 vecto

© phép tuyén 7 la 2x—y+7=0

Phuong trinh tham s6 ctia dwong thang d, di qua M va cé vecto chi

(d) x=1+t

h U le .
phuong u la {y=2+t

= Loi giai
(a) Phuong trinh tong qudt cia dwong thing d, diqua M wva c6 vecto phip tuyén i la 2x—y =0
Duong thang d, ¢ phuong trinh téng quat la: 2(x—1)—(y—2) =0 < 2x -y =0.
» Chon DUNG.
) =3+t
(b) Phwong trinh tham so ciia dwong thang d, di qua N va c6 vecto chi phwong 1 la {x Lot
y=-1+
s g . \ fqs, JX =341
Duong thang d, c6 phuong trinh tham s6 la: { et
y=-
» Chon DUNG.
(c) Phuong trinh tham so' cia dwong thang d, di qua N va c6 vecto phdp tuyén 7 1o 2x—y+7=0
2x-3)-(y+1)=0=2x-y-7=0
» Chon SAL
, =1+t
(d) Phwong trinh tham so cua dwong thang d, di qua M va cd vecto chi phwong 1 la {x -
y=2+

Phuong trinh tham s6 ctia duwong thang d, di qua M va cé vecto chi phuong i 1a

x=1+t
{y =2+t
» Chon DUNG.
R . as 2 \ x=1+3t . as
» Cau 32.Cho hai duwong thang A :x-y+2=0 va A, :{y P Khi dé:
Ménh dé Ping | Sai

(a) | Puong thang A, c6 vecto phap tuyén ii = (1; 1)

(b) | Duong thang A, c6 vecto phap tuyén la ii = (1; —3)

;o \ 2 \ =t
(c) | Phwong trinh tham s6 cua dwong thang A la {x it
y=2+

(d) | Phuong trinh tong quat cia duwong thang A, 1a x—3y—-7=0.
= Loi giai
(a) Duong thang A, cé vecto phdp tuyén i = (1;1)
Duong thang A, :x—y+2=0 c6 vecto phap tuyén i = (1;1)
» Chon SAL
(b) Duong thang A, c6 vecto phap tuyén la i = (1; —3)

» TOAN TU TAM Trang 8
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x=1+3t
y=-2+t
Nén nhén 7 = (1;-3) la mot vecto phép tuyén,
» Chon DUNG.

Duong thang A, : { co6 vecto chi phwong la i = (3;1)

(c) Phuong trinh tham so cia dwong thang A, la {x =t .
y=2+t
Nén nhan i = (l; 1) la mot vecto chi phuong, lai c6 A, di qua diém A(O; 2)
Vay phuong trinh tham s6 ctia A, la: {x =t :
y=2+t

» Chon DUNG.
(d) Phueong trinh téng qudt cia dwong thing A, la x—3y—7=0

Lai cé A, di qua diém M(l; —2)

Vay phuong trinh tong quat ctia A, 1a: (x-1)-3(y+2)=0< x-3y—-7=0.

» Chon DUNG.
» Cau 33.Trong mat phang toa dd Oxy, cho hai diém A(—Z; 2), B(3;4). Khi dé:
Ménh dé bung | Sai
(a) | Puong thang ABc6 vecto chi phuong la AB = (2;5 )

(b) | Duong thang ABcé vecto phap tuyén la 7i = (2; —5)

(c) | Phuong trinh tong quat ctia dudng thang AB 1a 2x -5y +14=0

Phuong trinh tham s8 ca dwong thang di qua M (—l; 1) va song
(d) x=-1+2t

y=1+5t

song voi AB la {

= Loi giai
(a) Duong thing ABcé vecto chi phwong la AB= (2;5)
Duong thang ABc6 vecto chi phuong 1a AB = (5 ; 2)
» Chon SAL
(b) Duong thang ABc6 vecto phdp tuyén la i = (2; —5)
Nén nhén 7 = (2 ;=5 ) la mot vecto phép tuyén
» Chon DUNG.
(c) Phuong trinh tong qudt ctia dwong thing AB la 2x -5y +14=0
Phuong trinh tdng quét ctia duong thang AB di qua A(—2; 2) va co vecto phap tuyén
i=(2;-5)1a: 2(x+2)-5(y—2) =0 2x -5y +14=0.
» Chon DUNG.
N a2 R 2 . N L. Clx= —1+2t
(d) Phwong trinh tham s cua dwong thang di qua M(—l,‘l) va song song voi AB la { L4 5t
y=1+
Puong thang nay song song véi duong thang AB nén nhan AB= (5 ; 2)1&1 mot vecto chi

phuong.

» TOAN TU TAM Trang 9
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. |lx=-1+5¢
AB=(5;2) la:
y=1+2t
» Chon SAL
» Cau 34.Trong mat phéng toa d6 Oxy, cho tam giac DEF c6 D(l;—l),E(2;1),F(3;5). Khi dé:

Ménh dé Pung | Sai

@) Duong thang vudng géc véi duong thang EF nhan EFla mot vec to
chi phrong
(b) | Phrong trinh dwong cao ké tit D la: x+y =0.

(c) | Goi I la trung diém cua DF . Toa do cta diém I 1a (2;2).

(d) | Puong trung tuyén ké tir E c6 phuong trinh la: x-2=0..
= Loi giai
(a) Duong thing vuéng goc véi dwong thing EF nhin EF la mot vec to chi phwong
Duong cao ké tir D 1a duong thang vudng géc véi duong thang EF nén nhan EF= (1 ; 4)
la mot vecto phap tuyén.
» Chon SAL
(b) Phirong trinh dwong cao ké tir D la: x+y =0.
Do d6, duwong cao ké tit D c6 phuong trinh la: (x—1)+4(y+1)=0< x+4y+3=0.
» Chon SAIL
(c) Goi I la trung diém ciia DF . Toq dg ctia diém I la (2;2).
Goi I 1a trung diém ctia DF . Toa do cua diém I 1a (2;2).
» Chon DUNG.
(d) Duong trung tuyén ké tir E co phwong trinh la: x—2=0.
Puong trung tuyén ké tir E ¢6 vecto chi phuwong la El= (O; 1)
Nén nhén 7= (1; 0) la mot vecto phép tuyén.

Do d6, duwong trung tuyén ké tit E ¢6 phwong trinh la: x—-2=0.

» Chon DUNG.
» Cau 35.Trong mat phang véi hé toa do Oxy, cho hinh binh hanh ABCD c6 dinh A(-2;1) va
. \ 2 .  jx=1+4t . as
phuong trinh duong thang chita canh CD la { _y Khi do:
Ménh dé Ping | Sai

(a) | Vecto chi phuong ctia duong thang chtva canh AB 1a ii,, = (4 ;3) .

(b) | Vecto phdp tuyén ctia duong thang chita canh AB laii,, = (4 ;3) .

Phuong trinh tham s ctia duong thang chita canh AB 1a

(C) x=—2+4t(t
y=1+3t

(d) | biém A(—Z ;1) thudc duong thang chita canh CD .

ER).

= Loi giai
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Chuwong 09
PHUONG PHAP TOA DO TRONG MAT PHANG

— {A(—Z;l) € AB, i, =(4;3)
AB//CD =il =i, =(4;3)

x=-2+4t

=143t (te]R).

nén phuong trinh AB: {
(a) Vecto chi phirong ctia dwong thing chita canh AB la i, = (4 ;3).

» Chon DUNG.
(b) Vecto phip tuyén ciia dwong thing chita canh AB laii , = (4 ;3).

» Chon SAL
x=-2+4t
y=1+3t

(teR).

(¢c) Phuweong trinh tham s6 ctia dwong thing chita canh AB la {

» Chon DUNG.

(d) Digin A(-2;1) thudc duwong thing chita canh CD.
» Chon SAL

» Cau 36.Cho tam gidc ABC c6 phuong trinh ctia dwong thang BC 1a 7x+5y—8=0, phuong trinh
cac duong cao ké tir B,C lan luotla 9x-3y—-4=0,x+y—-2=0.Khi doé:

Ménh dé bung | Sai

(a) | Piém B c6 toa do 1 (% %}

(b) | Pifm C 6 toa dd 1a (—1,-3).

(c) | Phwong trinh duong caoké tiv A la 5x-7y—-6=0

(d) | Phuong trinh duong trung tuyén ké tir A la x—13y+4=0.
= Loi giai

(a) Diém B c6 toa do la [%,gj

7x+5y—8:0<:> x=

Toa d6 cua diém B la nghiém cua hé phuwong trinh:
9x—3y—4=0

y:

W N W

Suy ra diém B c6 toa do la (% ,%)
» Chon DUNG.
(b) Diéin C c6 tog dj 1 (~1;3).

Tx+5y—-8=0 =-1
Toa d6 ctia diém C 1a nghiém ctia hé phwong trinh: {7 —h
x+y—2=0 y=3.
Suy ra diém C c6 toa do la (—1;3).
» Chon DUNG.
(c) Phwong trinh dwong cao ké tir A la 5x-Ty—6=0
Puong thang AB di qua diém B (% ,%j va nhan vecto chi phuong #, = (l; —1) ctia duong

cao ké ttr C lam vecto phap tuyén c6 phuong trinh la: (x+1)+3(y-3)=0< x+3y—-8=0
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» Chon SAL
(d) Phwong trinh dwong trung tuyén ké tir A la x—13y+4=0
A o aim A . x-y=0 x=2
Toa do cua diém A la nghiém ctia hé phuong trinh: =
x+3y—-8=0 y=2.

Suy ra diém A c6 toa dola (2;2).
Phuong trinh dueong cao ké tir A(Z; 2) va nhan vecto chi phuwong i = (5 ; —7) cua duong
thang BC lam vecto phap tuyén la: 5(x—2)-7(y—2)=0 < 5x - Ty +4=0.

Goi I la trung diém ctia BC, ta c6 toa do cua diém I 1a (%,E)

6

Do d¢, ta c6 IA —3 l
66

Duong trung tuyén ké tir A nhan 7 =(1;-13) lam vecto phéap tuyén c6 phwong trinh la:
(x=2)-13(y-2)=0<=x—-13y+24=0.
» Chon SAL
» Cau 37.Cho tam gidc ABC, biét A(1;3),B(-1;-1),C(5;-3). Khi d¢:
Ménh dé Dung | Sai
(a) | Phuong trinh tdng quét ctia duong thang AB 1a 2x—y+1=0

(b) | Phrong trinh tham s& ctia duong thang BC 1a x+3y+4=0.

(c) | Phuong trinh duong trung triec canh AB la x+2y-2=0
(d) | Phuong trinh dwong cao AH la 3x+y=0.
= Loi giai
AB =(-2;-4),BC =(6;-2), AC = (4;-6)

(a) Phuwong trinh tong quit cia dwong thing AB la 2x—y+1=0
AB c6 vecto chi phwong 1 = %fTB = (—1; —2) nén cé mot vecto phap tuyénla 7 = (2;—1) :

Phuong trinh duong thang AB 1a 2(x —1)—1(y —3) =0 hay 2x-y+1=0
» Chon DUNG.

(b) Phuwong trinh tham so ciia dwong thang BC la x+3y+4=0.
BC c6 vecto chi phuong i = BC = (6; —2)

x=-1+6t¢

Phuong trinh tham s duong thang BC 1a { ot
y ——1—

» Chon SAIL
(c) Phwong trinh dwong trung triec canh AB la x+2y—2=0.

Goi dla duong trung truc canh AB.
Lay N la trung diém cua AB, suyra N (O;l)

d c¢6 mot vecto phap tuyénla 4 = —%E = (1;2) (AB 1 d) va di qua N(O;l).
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Phuong trinh duong thang d la: 1(x—0)+2(y—1) =0 hay x+2y-2=0.
» Chon DUNG.

(d) Phwong trinh dwong cao AH la 3x+y=0.
Phuong trinh duong cao AH la 3x+y=0;

AH c6 vecto phép tuyén v = %R’) = (3;—1) (BC 1 AH)
Phuong trinh duong thang AH di qua A(1;3) va ¢ vecto phéap tuyén v = (3; —1) la

3(x—1)-1(y—3)=0 hay 3x-y=0.
» Chon SAL
» Cau 38.Cho tam giac MNP c6 phuong trinh duong thang chita canh MN la 2x+y+1=0

phuwong trinh duwong cao MK (K € NP) la x+y—-1=0, phuong trinh duwong cao
NQ (QeMP) la 3x—y+4=0.Khi do:
Ménh dé bung | Sai

(a) | Diém M c6 toa dd la (-2;3).

(b) | Piém N c6 toa dola (-1;1).

(c) | Phuong trinh duong thang NP 1a 2x—y+3=0.
(d) | Phuong trinh duong thang MP la: 2x+3y—5=0.

= Loi gidi

(a) Digin M c6 tog dj 1 (~2;3).
Toa d6 cua diém M la nghiém cua hé phwong trinh: {2x ty+1=0 = {x =2
x+y—-1=0 y=3.
Suy ra diém M co toa do 1a (—2;3).
» Chon DUNG.
(b) Digin N c6 tog dg 1o (—1;1).
Toa d6 cua diém N la nghiém cta hé phuwong trinh: {2x ty+l=0 & {x =
3x-y+4=0 y=1.
Suy ra diém N c6 toa d¢ la (—1,'1).
» Chon DUNG.
(c) Phuong trinh dwong thing NP la 2x—y+3=0.
Cac dwong cao MK va NQ 6 vecto phép tuyén Ian luot la 7, =(1;1); i, =(3;-1).
Do d6 cac duong thang NP, MP Tan luot nhan i, —( - ) ( ) la vecto phap tuyén.
Phuong trinh duong thang chita canh NP di qua diém N ( ) va co vecto phap tuyén
i, :(1;—1) la: (x+l)—<y—l) =0 x-y+2=0.
» Chon SAL
(d) Phuwong trinh dwong thing MP la: 2x+3y—5=0
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Phuong trinh duong thang chita canh MP di qua diém M (—2;3) va c6 vecto phap
tuyén 7, =(1;3) la: (x+2)+3(y-3)=0<x+3y—-7=0.
» Chon SAIL

» Cau 39.Cho diém M(3;0) va hai duong théng d:2x-y-2=0,d,:x+y+3=0.Duong théng A
di qua diém M va cit d,, d, lan luot tai hai diéfm A, B sao cho M la trung diém cua

doan thang AB. Khi dé:
Ménh dé Ping | Sai

(a) | Toa do diém A(%;%)

(b) | Phuong trinh duong thang A khéng di qua diém M (3 ; O)

(c) | Puong thang d, :2x—y—2=0 c6 vecto phap tuyén ii = (2;— 1)

(d) | Khong ton tai duwong thang A.

= Loi gidi
(@) Toa @ dicm Al 1,10
3 3
Alx,y,), Aed =y, =2x,-2
B(x,3y,),Bed, =y, =—x,-3
M Cr A Xy txg=2x X, +x, =6 1
M la trung diém ctia AB nén: 4 F M 4T X, =—, }/A:E.
yA+yB:2yM 2XA—2—xB—3:() 3 3

11 16
Vay A| —;— |.

» Chon DUNG
(b) Phuwong trinh dwong thing A khong di qua diém M (3 ;0)
Phuong trinh duong thang A di qua diém M (3;0).
» Chon SAIL
(c) Duong thing d, : 2x—y—2 =0 c6 vecto phdp tuyén 7 = (2;—1)
d :2x—-y—2=0 co vecto phap tuyén la 7 :(2;—1).
» Chon DUNG
(d) Khong ton tai dwong thing A.
Tim dugc phuong trinh duong thang va tim duoc 1a 8x —y—24 =0 1a duong thang di

qua hai diém M(3;0) va A(%,Ej :

3
» Chon SAIL
» Cau 40. Trong mat phang Oxy, cho tam giac ABC c6 toa dd cac dinh la A(l;z), B(3;4), C(Z;—l).
Khi dé:

Ménh dé Pung | Sai
(a) | Phuong trinh duwong cao AH c6 dangla x+5y—11=0.

(b) | Phuong trinh dwong trung tuyén CM cé dangla x+2=0.
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(c) | Phuong trinh duong trung triec ctia doan AB cé dangla x+y+5=0. ‘ ‘

@ Phuong trinh deong phan gidc trong ctia goc A c6 dang la ‘ ‘

x+y—-3=0.
= Loi giai

(a) Phwong trinh dwong cao AH c6 dang la x+5y—11=0.
Ta c6 AH vudng gbéc voi BC, nén AH nhan vecto BC lam vecto phép tuyén.
Suy ra AH di qua diém A(1;2) va ii=BC = (—l; —5)
AH:—1(x-1)-5(y-2)=0 = —x-5y+11=0< x+5y-11=0
Vay phuong trinh duwong cao AH cé dangla x+5y—11=0.
» Chon DUNG.

(b) Phwong trinh dwong trung tuyén CM c6 dang la x+2=0.
Tacé M la trung diém doan thang AB. Suy ra M (2;3)
Puong trung tuyén CM di qua diém C va M,nén nhan vecto CM lam vecto chi
phuong.
Suy ra vtcp 1=CM = (0;4) nén ovtpt n= (1;0)
Do d6 CM di qua diém C(2;—1) va c6 vipt n= (1;0)
CM:1(x—2)+0(y+1)=0<=x-2=0
Vay phuong trinh duong trung tuyén CM c¢6 dang x—-2=0.
» Chon SAL

(c) Phwong trinh dwong trung triec cua doan AB c6 dang la x+y+5=0.
Ta cé M la trung diém doan thang AB. Suy ra M (2;3)
Goi A la duong trung truec cia doan AB suy ra A L AB, nén A nhan vecto AB= (2;2)
lam vecto phép tuyén.
Suy ra A di qua diém M(2;3) va otpt n= (2:2)
A:2(x-2)+2(y-3)=0<2x-4+2y-6=0<x+y—-5=0
Vay phuong trinh duong trung truc ctia doan AB cdé dangla x+y—-5=0.
» Chon SAIL

(d) Phwong trinh dwong phin gidc trong ciia géc A cd dang la x+y—3=0.
Ta c6 AB= (2;2), AC = (1;—3)
Duong thang AB di qua diém A(I;Z) nhan cé vipt n= (1;—1) nén
AB:1(x-1)-1(y-2)=0=x—1-y+2=0<x-y+1=0
Duong thang AC di qua diém A(1;2) nhan c6 vipt n= (3;1) nén
AB:3(x-1)+1(y-2)=0=3x-3+y-2=0=3x+y-5=0
Puong phan giac xuat phat tir goc A sé c6 dang;:
A 3x+y-5=x-y+1 A :2x+2y—-6=0 A:x+y-3=0
{A;:3x+]y/—5:—xzy—l<:>[A::4x—4y:O C{A::x—?zo
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A |B)=2
Ta xét: -(B) = A, (B)A,(C)=2>0
A,(C)=1
Vay duong phan gidc trong cia goc A la A :x+y—-3=0.
» Chon DUNG.

C. Cau héi - Trd 1oi ngdn

» Cau 41.Trong mit phang Oxy, cho hai diém A(3;-3),B(5;-1) va dudng thang A :2x—y—1=0
. Tinh tong hoanh d6 va tung d6 cua diém M biét M thudéc A sao cho tam gidc MAB
cantai M.

= Loi giai
v Tra 10i: 2
N 2 ‘1 =t
Duong thang A c6 phwong trinh tham s la : *
y=—1+2¢
Vi MeA nén M(5-1+2t).
Tam gidc MABcantai M nén MA =MB
S B+ (-2-2t) = (5-t) + (-2t)’ © 1342t =25-10t 12t =12 <t =1.
Vay diém M can tim la M(L;1)=1+1=2.

» Cau 42.Cho tam gidc ABC c6 M (2; 0) la trung di€ém ctia canh AB. Puong trung tuyén va duong
cao ké tit A Ian lwgt c6 phuong trinh la 7x—2y—-3=0 va 6x—y—4=0.Phuong trinh cta
duong thang AB c6 dang ax+by—4=0 (a;b € N) .Tinh a+b

= Loi gidi
v'Tra loi: 3
Tx—2y—-3=0 =1
Toa d6 cua diém A la nghiém cua hé phwong trinh St & * .
6x-y—-4=0 y=2

Do d¢, diém A c6 toa do (1;2).

Duong thang AB c6 vecto chi phuwong 1a AM = (l; —2) nén nhan 7 = (2;1) la mot vecto

phép tuyén.

Phuong trinh duong thang AB 1a: 2(x —1)+(y—2) =0 < 2x+y—4=0.

a=2

Khid('){ =a+b=3

» Cau 43.Trong mat ph:fmg toa d6 Oxy, cho ba diém A(—3;1),B(1;3),C(7;1). Tim toa d6 diém D
dé t& giac ABCD 1a hinh thang can véi hai day AB,CD.
= Loi giai
v Tra loi: -5
el

D F C
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Ta co: AB = (4;2).

Lay E la trung diém AB ta duoc E(—1;2).

Duong trung triec d cua canh AB ¢6 phueong trinh la: 2x+y =0.

Puong thing CD di qua C va song song v6i AB c6 phuwong trinh la: x—2y—5=0
Giao diém F ctia hai duong thang CD va d c6 toa do la (1; —2).

Vi tit gidc ABCD Ia hinh thang can v6i hai ddy AB,CD

Nén D la diém d6i xting v6i C qua d, do d6 F la trung diém ctia doan CD.

Suy ra D(—S;—S).

Nhin thdy, DC =(12;6), AB =(4;2)ciing huong nén D(-5;-5) thoa man bai toan.
Vay tung do diém D la -5.

» Cau 44.Trong mit phang toa do Oxy, cho tam giac ABC c6 A(2;2),B(1;5) va dinh C ndm trén
duong thang d:2x—y—8=0. Tim hoanh dd dinh C, biét rang C c6 tung d6 am va dién
tich tam gidc ABC bang 2.

= Loi gidi
v Tra loi: 2,4

2 y-2
* 2=ch>3x+y—8=0.

Phuong trinh duong thang ABla:

C nam trén duong thang d nén gia st C(t; 2t —8).

Ta c6: AB=1/(1-2) +(5-2)> =10
4

Do S, s =2 :>d(C,AB)=E.
3t+(2t-8)-8
Khi d6 | t+§3?12) ‘z\/%@‘St—16‘=4 Suy ra t =4hofc t:%.

Véi t =4thi 2t -8=0(loai vi C c6 tung do am).
Véi t="Zthi 2t =",

5 5
Vay C 2,_—16 = X, =2z2,4.

55 5

» Cau 45.C6 bao nhiéu duong thing di qua A(2;3) va tao véi duong thang d:2x+y—4=0 mot
g6c bang 45°?
= Loi giai

v Tra 10i: 2
Goi Ala duong thang di qua A va c6 vecto phép tuyén 7i, = (a; b)(a2 +b* > 0) :

Ta cd: (A,d)=45 < ‘cos(ﬁA,ﬁd )‘ =cos45’

®M=g®2‘2a+b‘:m\/az +b* < 3a* +8ab—3b* =0.
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Néu b=0thi a=0 (loai).
2
Néu b # 0thi chia ca hai v& phuong trinh trén cho b’ ta c6: 3(%] +38 -%— 3=0

Giai phrong trinh ta dugc % = %hoéc % =-3.

Voi ﬁ:l,m chon a=1,b=3.
b 3
Suy ra phuong trinh duong thang d 1a: 1(x—2)+3(y—3) =0 x+3y-11=0
Voi %=—3 ta chon a=-3,b=1.
Suy ra phuong trinh duong thang d la: —3(x —2)+ l(y —3) =0 -3x+y+3=0.
» Cau 46.Trong mit phang toa do Oxy, cho tam giac ABC. Goi AM, AD lan luot la duong trung

tuyén va duong phan giac trong cua tam gidc. Cac duong thang AM, AD lan luot c6
phuwong trinh la x-y-2=0,y=0.Gia st B(1;3) . Xac dinh gia tri tung d6 ctia diém C.

= Loi giai
v Tra 1oi: -6
A
B D M [
-0 )
Toa dd A la nghiém caa hé: {7 ok
x-y—-2=0 y=0

Suy ra A(2;0).
Goi E la diém ddi xiing v6i B qua AD thitacod Ee AC va E(l; —3)

Duong thang AC di qua hai diém A va E nén AC :%_22=_y?,—__%<:>3x—y—6:0
Diém C thudc duong thang AC, M la trung diém BC
Nén gia st C(c;3c-6) va M(CT“;3C2‘3J

c+1 3c—3_2:0©C:0'

Diém M thudc duong thing AM nén —

Vay C (0; —6).

» Cau 47.Trong mit phang toa d6 Oxy, cho hinh thoi ABCD ¢6 A(0;2),B(4;3), giao di€ém hai
duong chéo nam trén duong thang A:x -3y =0. Khi d6 c6 bao nhiéu diém C cé toa do
nguyen?

= Loi gidi
v'Tra loi: 1
Goi I 1a giao diém cua hai duong chéo.
Vi I thudc A nén gia st I(3t;t).
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Khi d6 IA=(-3t;2—t),IB=(4-3t;31).
Vit gidc ABCD la hinh thoi
Nén [A-1B=0 (-3t)(4-3t)+(2—1)(3-1)=0 = 10 ~17t +6=0

Suy ra t:l hoac tzé.
2 5

3.1
Véi t=%ta <6 [2’2J:>c(3;—1) (nhén)
A(0;2)
(24)..of
Véi t=Cta co: 5’5 :c(ﬁ;—J (loai)
5 5°5
A(0;2)

x=3+2t

» Cau 48.Trong mit phang toa dd Oxy, cho duong thang A:{ va diém A(3;10). biém

M (a;b) thudc duong thang A sao cho doan thing AM ngan nhét. Tinh S=a+b.
= Loi giai

v Tra loi: 1

MeA= M(3+2t;~t)= AM =(2t;~t -10)

= AM = |[(2t) +(~t—10)" =5 + 2064100 =5(t+2)" +80 > VB0 = 45
= AM ngénnhat 1a 45 khi t=-2 = M(-1,2)=S=1.
» Cau 49.Cho hai diém A(3;O) va B(O;4). Tim tung d¢ diém M trén truc Oy sao cho B ndm gitta

O va M ddng thoi dién tich tam gidc MAB bang 1? Két qud lam tron dén hang phin mudi.
= Loi giai

v Tra loi: 4,7

Tacé: AB=5, duong thang ABc6 phuong trinh :§+% =1 4x+3y-12=0

Goi M(O;m)eOy, do B ndm gitta O vaMnén m>4.

Vi dién tich tam gidc MAB bang 1 nén d(M,AB) = %

—
5 5 _o_,
"7 (loai)
A A i . 14

Vay tung do diém M Ia 3 4,7.
» Cau 50.Mot chiéc Pha cho khach qua song tir diém A(3;4) dén diém B(3 ;50) bén kia song.
Nhung vi ¢é gi6é va nuwdc chay manh nén chiéc Pha qua bén kia séng tai diém C (38 ; 50).
Goc léch ctia con thuyén véi luc du tinh ban dau 1a bao nhiéu d6? Két qud lam tron dén hang

don vi.
= Loi giai
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v"Tra loi: 37
Ta cé: AB = (0;46) nén véc to phap tuyén cua ABla a = (1;0)

Phuong trinh tong quat cia ABla:x-3=0.

Ta cé: AC = (35;46) nén véc to phap tuyén cua ABla a = (46;—35)

Phuong trinh tong quét ctia AC 1a: 46(x—3)-35(y—4)=0<> 46x-35y+2=0.
[1.46+0.(-35)| 46

S0t J46° 4 (-35) V3341

:>;1z37°

Ta co: cosA:cos(AB;AC):
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PHUO'NG TRINH PUONG TRON

o7
Ly thuyét

y & 4
1. Phuong trinh dwong tron

{i‘a Dinh nghia Vecto chi phuwong:
EBS Phuong trinh duong tron (C ) co tam [ (a;b) ban kinh R
Dagng 1. Phuong trinh: (x—a)2 +(y —b)2 =R
Dang 2. Phwong trinh: x* +y° —2ax—2by+c=0 v6i a’ +b* —c > 0 1a phuong trinh
duong tron tam I(a;b) ban kinh R=+a®+b> —c.
2. Phuong trinh ti€p tuyén cha dwdng tron

-
o=+ "_Phwong trinh ti€p tuyé&n tai Mo thudc (C)

| iy

—==Viet phutong trinh tiéh tuyén (D) v0i (C ) tai diem M, € (C ) vl
Buoc1. Tim toa d6 tam [ cua (C) . M (z;y)

qua M,
VTPT:7i = IM.

0

Bu6c2.  Tiép tuyén la duong thang { Mo(o; o)

8Y

Cé dang (a—xo)(x—xo)+(b—yo)(y—yo):0 0 7

-

::,: Phwong trinh ti€p tuyén tai Mo khéng thudc (C)
= s phuong trinh tiép tuyén (D) v6i (C) tai diém M, £ (C)
Buoc1. Tim toa d6tam I cua (C)
Bu6c 2. Tiép tuyén la duong thang di qua M, nén c6 dang a(x —x, ) + b( Y- yo) =0
Budc 3. Tiép tuyén tiép xtic v6i (C) <> d(I;(D))=R ().
Giai (*) tim dwoc mdi lién hé gitta a&b . Chon a&b phu hop dé két luan.

:»/g v n 7. by >
v=s__Phwong trinh tiép tuyén song song v¢i dwong thang

£ Viét phuong trinh tiép tuyén (D) véi (C) biét (D) song song vdi (D, ): Ax+By+C =0
Buéc1. Tim toa dd tam [ caa (C )
Bugc 2. Tiép tuyén //(D,): Ax+By+C =0 nén c6 dang Ax+By+C'=0 (C'=C)
Buoc 3.  Tiép tuyén tiép xuc voi (C) = d(I;(D)) =R (*) .

Giai (*) tim duoc C' so voi diéu kién dé két luan.
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i ﬁ

=’ Phworng trinh tiép tuyén vudng géc véi dwong thang

—==="Viet phuwong trinh tiép tuyén ( ) voi (C) biét ( ) vuong goc voi (D1)3 Ax+By+C=0
Buoc1. Tim toa dd tam I caa (C) .

Bugc 2. Tiép tuyén L(D,): Ax+By+C =0 nén c6 dang Bx—Ay+C'=0
Butc3. Tiép tuyén tiép xtic véi (C) <> d(I;(D))=R (*).

Giai (*) tim dwoc C' so voi diéu kién dé két luan.
3. Vj tri twong doi

if.;: Gitra dwong thing & dwong tron
Cho (D): Ax+ By +C =0 va duong tron (C) (x- ) +(y- ) =R* tim I(a;b)
v (D)n(C)={M;N} < d(I;(D))<R
v (D)n(C)= { j<d(I(D))=R
v (D)n(C)=@ <= d(L;(D))>R

s " Gitra dwong tron & dwong tron

nug;m

.‘V
: V]
¢ [V

===="Cho duwong tron (Cl) co tam 1., ban kinh R, va dwong tron (Cz) c6 tam 1,, bin kinh R,. Gid
siw R >R, . Ta cé:

v Hai duong tron ti€p xtc < [, = |R + Rz‘

v Hai duong tron cat nhau R, —R, <I,I, <R +R,
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G;Céc dang bai tap

® Dang 1. Nhan dién phuong trinh dwong tron — tim tam & ban kinh

— «f‘;‘é Phuwong phap )
Phwong trinh duong tron (C ) co tam [ (a;b) ban kinh R

Dang 1. Phuong trinh: (x—a)2 +(y —b)2 =R’

» Tim tam: 1dy hé s6 tw do trong ngodc +—1.

» Tim bdn kinh: R = ./ve phai .

Dang 2. Phwong trinh: x* +y° —2ax—2by+c=0

» Tim tdm: 1ay hé s6 trudc x/y +-2.
» Tim bdn kinh: R=+a’+b*—c.
» Diéu kién: a+b*—c>0.

4 Vidu1.1.

Trong cac phrong trinh sau, phwong trinh nao la phuwong trinh dwong tron? Tim tam
va ban kinh néu co.

(1) x> +y>+2x-4y+9=0 (1) (2) X +y* —6x+4y+13=0 (2)
(3) 2x* +2y* —6x—4y—1=0 (3) 4) 2x* +y* +2x-3y+9=0 (4)
w Loi gidi

(1) x*+y*+2x—-4y+9=0 (1
Yy Yy

Tacd: a=-1;, b=2; c=9=a*+b*-c=1+4-9<0

Vay phuong trinh (1) khong phai la phwong trinh duong tron.
(2) X*+y* —6x+4y+13=0 (2)

Tacéd: a* +b* —c=9+4-13=0

Suy ra phuong trinh (2) khong phai la phurong trinh duong tron.
(3) 2x* +2y* —6x—4y—1=0 (3)

2
Ta c6: (3)<:>x2+y2—3x—2y—%=0. Suy ra: P:a2+b2—c:(%j +12—(—lj: B0

2) 4
Vay phuong trinh (3) la phwong trinh duong tron tam [ 5 ;1| ban kinh R = -

(4) 2x* +y* +2x -3y +9=0 (4)
Phuong trinh (4) khéng phai la phuong trinh duong tron vi hé s6 ctia x* va y° khéc
nhau.
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Vidu1.2.
Cho phuong trinh x* +y* —2mx—4(m-2)y+6-m=0 (C,)

(1) Tim diéu kién cua m dé (C,,) la phuong trinh dudng tron.
(2)Néu (C,, ) 1a phuong trinh dudng tron hay tim toa do tdm va béan kinh theo m
= Loi giai
(1) Tim diéu kién cua m d€ (C,,) 1a phuong trinh dudng tron.
m>2

D@uk@n:f+b2—c>0c»nﬂ+4@n—2f—6+m>0<:5m?45m+10>0¢>{ |
m<

(2)Néu (C, ) 1a phuong trinh dudng tron hay tim toa do tdm va béan kinh theo m

Vi diéu kién trén thi duong tron ¢ tam I(m;Z(m —2)) va R=+5m" —15m+10

Vidu1.3.

Cho phuong trinh dwong cong (C,, ): x* +y* +(m+2)x—(m+4)y+m+1=0
(1) Chitng minh rang (C,,) la phwong trinh mét dudng tron.
(2) Tim tap hop tdm cdc duong tron khi m thay déi.
(3) Chting minh khi m thay d6i ho cac dwong tron (C,,) ludn di qua hai diém 8 dinh.
= Loi giai
(1) Chting minh rang (C,, ) 1a phuong trinh mot dudng tron.

2 2 2
m+2) +4
Ta cé u2+b2—c:(—m;2j +(m;4J —m—lz%>0

Suy ra (Cm) la phwong trinh duong tron véi moi m

(2) Tim tap hop tdm cdc duong tron khi m thay déi.

. om+2
==
Duong tron cé tam I: 2 suyra x,+y,—-1=0
_m+4

Vay tap hop tam céc duong tron la duong thang A:x+y—1=0

(3) Chitng minh khi m thay d6i ho cac dwong tron (C,, ) ludn di qua hai diém c8 dinh.
Goi M (x0 ; yo) 1a diém c6 dinh ma ho (Cm) ludn di qua.
Khi d6 ta co: x2 +y; +(m+2)x0 —(m+4)y0 +m+1=0, Vm
& (x, =y, ~1)m+x] +y; +2x, —4y, +1=0, Vm
@{xz—yz+l=0 @{xoz—l hodc {xoz

x, +y, +2x,—4y,+1=0 Y,=0 Y, =2

Vay c6 hai diém cd dinhmaho (C, ) uén di qua véimoimla M, (—1;0) va M, (1;2).
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R~ Dang 2. Viét phwong trinh dwdng tron

— L Phucong phip ), .

* Cach1:
» Tim toa d0 tam I(a;b) ctia duong tron (C)
» Tim ban kinh R cua duong tron (C )
» Viét phuong trinh cia duong tron (C ) theo dang (x = a)2 1 ( Y- b)2 =R*.
* Cach 2:
» Gia str phuong trinh ctia duwong tron (C) 1a x° +y* —2ax —2by +¢ = 0 (hodc dang
x*+y* +2ax+2by+c=0).
» Ttr diéu kién caa dé bai thiét 1ap hé phuong trinh véibaanla a, b, c.
» Giai hé d€ tim 4, b, c, tt 46 tim dugc phuong trinh cua duong tron (C) .
* Chuy:
» Cho duong tron (C) co tam I va ban kinh R, diém A e (C) < IA=R.
» (C) ti€p xtic véi duong thang A tai A < IA= d(I,A)=R.
» (C) ti€p xtic v6i hai duwong thing A va A, & d(I,A)=d(I,A,)=R.

» (C) cat duong thang A, theo day cung c6 d6 dai a < [d(I, A, )]2 +§: R

4 vidu2.1.
Viét phuong trinh duong tron c6 tam [ (3; =5 ) , ban kinh R=2 I

= Loi giai

Phuong trinh duwong tron can tim la (x — 3)2 + (y + 5)2 =4.

4 vidu2.2.

Viét phrrong trinh dwong tron trong mdi treong hop sau:
(1) Cco téml(l;—S) va di qua O(O;O).
(2) Nhan AB lam duwong kinh véi A(l;l), B(7;5).
(3) i qua ba diém: M(-2;4), N(5;5), P(6;-2)
= Loi giai
(1) co téml(l; —5) va di qua O(O;O).
Puong tron can tim ¢6 ban kinh la OI = m =+/26 nén c6 phueong trinh la
(x=1) +(y+5) =26
(2) Nhan AB lam duong kinh véi A(l;l), B(7,'5).
Goi 112 trung diém ctia doan AB suy ra I(4; 3)
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2 h

AI:\/(4—1)2 +(3-1) =413

Puong tron can tim ¢é duwong kinh la AB suy ra n6é nhan [ (4; 3) lam tam va ban kinh

R = AI =+/13 nén c6 phwrong trinh la (x—4)2 +(y—3)2 =13

(3) Bi qua ba diém: M(-2;4), N(5;5), P(6;-2)
Goi phuong trinh duong tron (C) ¢6 dang 1a: x* +y* —2ax—2by +c=0 .
Do duong tron di qua ba diém M, N, P nén ta c6 hé phuong trinh:

44+16+4a—-8b+c=0 a=2
25+25-10a-10b+c=0<=<b=1
36+4—-12a+4b+c=0 c=-20

Vay phuong trinh duong tron can tim la: x> +y* —4x-2y—-20=0
Nhan xét: D&i voi y (3) ta ¢d thé 1am theo cach sau:
Goi I (x; y) va R 1a tam va ban kinh duong tron can tim
2 2
M =IN® o [(x42) +(y-4)
s , henta co: 5 ) 5 5
IM” =1IP (x+2) +(y—4) :(x—6) +(y+2)

Il
—_—
=
|
9}
~—
[
+
—~
<
|
9}
~—
[

Vi IM:IN=IP<:>{

Vidu 2.3.
Viét phurong trinh duong tron (C) trong mbi treong hop sau:
(1) (C) c6 tam I(-1;2) va ti€p xtic v6i dudng thang A:x—2y+7=0

(2) (C) di qua A(Z;—l) va tiép xac véi hai truc toa d¢ Ox va Oy
(3) (C) c6 tm ndm trén duong thang d:x—6y—10=0 va tiép xtc véi hai duong
thdng c6 phuong trinh d :3x+4y+5=0 va d, :4x-3y—5=0
= Loi giai
(1) (C) 6 tam I(-1;2) va ti€p xtic v6i dudng thang A:x—2y+7=0
Ban kinh duong tron (C) chinh 1a khoang cach tir I t6i duwong thang A nén

-1-4-7] 2
R:d(I,A):—mzﬁ

Vay phuong trinh dwong tron (C) la: (x + 1)2 + (y - 2)2 —%
(2) (C) diqua A(Z;—l) va tiép xuc véi hai truc toa d¢ Ox va Oy
Vi diém A nam & goc phan tu thit te va duong tron tiép xtic véi hai truc toa do nén tam
ctua duong tron co dang I (R; —R) trong dé R 1a ban kinh duong tron (C).
R=1
Taco:R*=IA* & R*=(2-R) +(-1+R) & R ~6R+5=0c
R=5

Vay c6 hai duong tron thoa man dau bai la: (x—l)2 + (y + 1)2 =1 va (x —5)2 + (y + 5)2 =25
(3) (C) c6 tam ndm trén duong thang d:x—6y—10=0 va tiép xdc véi hai duwong thang c6 phuong

trinh d :3x+4y+5=0 va d,:4x-3y-5=0
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Vi duong tron can tim ¢6 tam K nam trén dwong thang d nén goi K (6a +10; a)
Mit khac duong tron tiép xtc véi d,, d, nén khoang cach tir tam I dén hai duong thang
nay bang nhau va bang ban kinh R
3(6a+10)+4a+5| |4(6a+10)-3a—3 =0
= = & [22a+35/=21a+35|=| 70

5 5 a=
43

»V6i a=0 thi K(10;0) suy ra (C):(x~10) +y* =49

2 2 2
»Véia:_—mthiK 2,_—70 va R:l suy ra (C): x—m + y+E -| L
43 43" 43 43 43 43 43

Vay c6 hai duong tron thoa man c6 phuong trinh la

Ot wier{e 5] (o) (5]
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R Dang 3. Vi tri twong déi gitra dwong tron & dwong thang

— ;‘: Phuong phdp ) N

Cho duong thang: A:ax+by+c=0 va dudng tron (C) ¢ tam I(x,;y, ), ban kinh R.
Puong thing A va dudng tron (C ) 0 ba vi tri tuong doi.
Huong xtt ly: so sanh d(I A) va R.

(1) Puong thang A va du’ong tron CO hai diém chung, tandi A va (C ) cat nhau.

/ \ I\ d(1,0)= ‘axﬁc|
D
\ e

(2) Duong thang A va duong tron (C) c6 mot diém chung, tanéi A tiép xiic (C).

Duong thing A con duwgc goi 1a tiép tuyén ciia duong tron (C).

A d(I A) ‘ax +by0+c’

E Ja* +b?

H
(3) Puong thang A va duong tron (C ) khéng cé diém chung ndo, tandi A va (C ) khong cat

nhau.
A d ( I; A) - M >
Va? +b?
A
H

. J
/\ Chii f:

x=x,+at ., , ., Ay
#  Khi duong thang A cho boi phuong trinh tham s& { s . Dé xét vi tri twong doi voi

Y=Yy, +

duong tron (C ) ta c6 thé lam hai cach:

(1) T phwong trinh tham s& chuyén vé phuong trinh tong quat, xét vi tri tuong d6i giong

nhuw trén.
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(2) Thé phuong trinh tham s8 vao phuong trinh cia dudng tron (C) ta duoc phuong trinh
bac hai ¢ an ¢, ki hiéu phuong trinh (*) :
» Phuong trinh (*) vo nghiém. Tanoi A va (C) khéng cit nhau.
» Phrong trinh (*) c6 mot nghiém. Tanoéi A tiép xiic voi (C)
» Phuong trinh (*) c6 hai nghiém. Tandi A va (C) cit nhau.
&  Khi duong thang A cho boi phuong trinh tdng quat A :ax +by +c =0, d& xét vi tri tuong ddi
ctia A va dudng tron (C):x* +y° +2Ax+2By+C =0, ngudi ta xét hé phuong trinh:
{ax+by+c:0 (*)
x*+y*+2Ax+2By+C=0
» Hé (*) vé nghiém. Tan6i A va (C) khong cit nhau.
» Hé (*) c6 mot nghiém. Tanoi A tiép xiic véi (C) .

» Hé (*) 6 hai nghiém. Tandi A va (C) cit nhau.

Vi du 3.1.
Cho dwong thang A:x—2y+5=0 va duong tron (C) : (x —2)2 +y? =4.Xét vi tri tuong
déi cua A va (C).

= Loi gidi
(C) 6 tam 1(2;0) vabankinh R=2.
2-2.0+5 745 ,
= > L.
V1P 427 S

Vay A va (C ) khong cat nhau.

Taco d(L;A)=

Vi du 3.2.

x:_5_2t \ \ \ 2 2 4 . 7
va duong tron (C):x +y —4x+2y=0. Xeét vi tri

Cho duong thang A:{

twong d6i ctia A va (C).

= Loi giai
Thé phuong trinh ciia A vao phuong trinh (C ) ta dugc phuong trinh:
(-5-2t) +£ ~4(=5-2t)+2t =0 5 +30t +45=0 & t =-3.
Vay A tiép xtic v6i(C).
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Vidu 3.3.

x =4t

o va duong tron (C):(x—3)2+(y—1)2 =10. Xét vi tri
y:

Cho duong thang A:{
twong doi ciia A va (C ), tim toa d¢ giao diém néu co.
= Loi giai

Thé phuong trinh cia A vao phuwong trinh (C) ta duwoc phuong trinh:

o t=0 .
20# -200=0| _ . Vay A cat (C).

x=4
y=4

y=2
Vay toa do giao diém cua A va (C) la A(O;Z); B(4;4).

Vc’yit:0:>{ vat=1:>{

Vidu 3.4.
Cho dudng thang A:6x+8y—1=0 va duong tron (C):x* +y* —2mx+4y+m’ -5=0.
Tim m d&€ A cat (C).
= Loi giai

(C) co tam I(m;—2) va ban kinh R=3.
D& A cét (C) thi d(L;A)<R
- [6m+8.(-2)-1]

36+ 64

<3<:>‘6m—17‘<30<:>—30<6m—17<30<:>—%<m<4—67.

Vay —E<m<4—7.
6 6

Vi dy 3.5.
Cho duong tron (C):x*+y’—2x+4y—4=0 c6 tam I va duong thang
A:\/Ex+my+1—\/§=0

(1) Tim m d€ duong thang A cat duong tron (C) tai hai diém phan biét A, B

(2) Tim m dé dién tich tam giac IAB la 16n nhat

= Loi giai

B
A

(1) Tim m &€ duong thang A cat duong tron (C) tai hai diém phan biét A, B

» TOAN TU TAM Trang 10
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buong tron (C) co tam [ (1; —2), ban kinh R=3
A cit (C) tai hai diém phan biét khi va chi khi

‘ﬁ—zmﬂ—\/ﬂ
N2+m?

(2) Tim m d€ dién tich tam gidc IAB 1a 1én nhat

d(I;A)<R < <3 & 5m’ +5m+17>0 (dtng v6i moi m)

Taco S, = IAIB.sin AIB= sin AIB< >
2 2 2
Suy max$,,, :% khi va chi khi sin AIB=1<> AIB =90

Goi H 13 hinh chiéu ctia I 1én A khi d6 AIH = 45° = IH = [A.cos45° = ——

5w

Ta ¢ d(I;A):IH<:> ‘1_2"4 S e P 8mA16=0 M=

N2+ m? J2

Vay véi m=—4 théa man yéu cau bai toan.

» TOAN TU TAM m
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Cho duong tron (C ) cétam [ ,ban kinh R va duong tron (C') co tam [' ban kinh R’
1) Néu II' > R+ R’ suy ra hai duwong tron khéng cdt nhau va & ngoai nhau.
2) Néu II'<|R+R’
)
)

suy ra hai dudng tron khéng cat nhau va I6ng vao nhau.
3
4) Néu |R-R’

Néu II’:‘R—R’

suy ra hai duwong tron ti€p xtic trong v6i nhau.

(
(
(
(

<II' < R+ R'suy ra hai duong tron cat nhau tai hai diém phan biét.

Vidu4.1.

Trong mit phing Oxy , cho hai dudng tron (C):x*+y*-2x-6y-15=0 ;
(C'):x*+y* —6x—2y—3=0. Chitng minh rang hai duwong tron cit nhau tai hai diém
phan biét A,B.
= Loi giai
Cich 1: (C) 6 tam I(1;3)va ban kinh R=5,(C)c6 tam I'(1;3) va ban kinh R=+/13.
Tacd II'=[(3-1) +(1-3) =242.

Ta co ‘Rl - RZ‘ <Ll < ‘Rl + Rz‘ suy ra hai dudng tron cat nhau.

Tyt —2x—-6y—-15=0 T4yt —2x—6y—15=0
Céch 2: Xét hé phuong trinh {x IR @{x Ty ety .

x*+y’—6x-2y-3=0 x-y-3=0

1
2 B y=-2 {
{(y+3) +y2—2(y+3)—6y—15=O©{y2—y—6—0© [

-2
6
3

R R
(1

3 y=3 <
X=y+3 Y x=y+3 {

<
Il

Suy ra hai dwong tron ct nhau tai hai diém phan biét A (1 ; —2), B (6; 3) )

Vidu 4.2.

Trong mat phang Oxy , cho hai duong tron (C):x’+y’=1 va
(C,):x*+y*=2(m+1)x—4my—5=0. Xac dinh m (C)dé (C, ) ti€p xtic véi (C)

= Loi giai
Dé thdy (C)co tam O(0;0)va ban kinh R=1.

C )b tam I(m+1;—2m)vabankinh R'=(m+1) +4m* +5.
(C.) ( ) (m+1)

Ta thay OI = (m + 1)2 +4m® <R’ diém O nam trong duong tron tam I suy ra (C ) va

(C,,) chi c6 thé tiép xtic trong nhau
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biéu kién dé hai dwong tron tiép xdc trong la

R—R'zOI@\/(m+1)2+4m2+5—1:\/(m+1)2+4m2+5.

Giai phuong trinh ta duwgc m=-1m = %

Vi du 4.3.

Cho duong tron (C):x’+y’—2x+4y-4=0 c6 thm [ va dudng thang
A:\/Ex+my+l—\/§:0

(1) Tim m d& duong thang A cat duong tron (C) tai hai diém phan biét A, B.

(2) Tim m d€ dién tich tam gidc IAB1a lén nhat .

= Loi giai
(1) Tim m d€ duong thang A cit duong tron (C ) tai hai diém phan biét A, B.
(C) co tam O(l; —2)Vé_ ban kinh R=3.
Duong thang A cat duong tron (C ) tai hai diém phan biét khi va chi khi
N2-2m+1-42)
o

(2) Tim m dé dién tich tam gidc IAB1a l6n nhat .

d(I.A)<R<:> <3 5m*+5m+17>0vmeR.

Taco Sy, = %IA.IB.sinZI\B s%.
Suyra§,,,, =%@sin2173=1@@=90°.

Goi H lahinh chiéu caa I 1én A.
Khi d6 AIH = 45 = [H = IA - cos 45" = ——.

V2

e Sm+8m+16=0 m=—4.

2wt 2

Vay véi m=—4 thoa man yéu cau bai toan.

Taco d(I;A)=1H <
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R~ Dang 5. Tiép tuyé&n cla dwdng tron

— 5*? Phuong phap )
& Viét phuwong trinh tiép tuyén (D) v6i (C) tai diém M, (C)

Buoc1. Tim toa d6 tam [ cua (C)

qua M,

VTPT :7i = IM,
%k Viét phuong trinh tiép tuyén (D) Vi (C ) tai diém M, g (C )

Bu6c 2.  Tiép tuyén la duong thang {

Buoéc1. Tim toa d6tam I cua (C ) .
Bu6c 2. Tiép tuyén la dwong thang di qua M, nén c6 dang a(x—x,)+b(y-y,)=0
Budc 3. Tiép tuyén tiép xtc véi (C) <> d(I;(D))=R ().

Gii (*) tim dwoc méi lién hé gitta a&b . Chon a&b phu hop dé két luan.

Vidu5.1.

Viét phuong trinh tiép tuyén cua dudng tron (C):(x —2)2 +(y +3)2 =5 tai diém
M(3;-1).
= Loi giai
Duong tron (C) co tam 1(2;—3).
Phuong trinh tiép tuyén can tim: (3—2)(x—3)+(—1+3)(y+1) =0 x+2y—1=0.
Vay phuong trinh tiép tuyén cta (C) tai diém M(3;—1) la x+2y-1=0.

A vi du 5.2.
Cho duong tron (C) c6 phuong trinh x*+y°—6x+2y+6=0 va diém hai di€ém
A(1;-1); B(1;3)
(1) Chting minh rang diém A thudc dwong tron, diém B nam ngoai duong tron.
(2) Viét phwong trinh tiép tuyén ctia (C) tai diém A.
(3) Viét phurong trinh tiép tuyén cta (C) ké tir B.
= Loi giai
Puong tron (C) ¢6 tam I(3;-1) ban kinh R=+3+1-6=2.
(1) Chtting minh rang diém A thudc duong tron, diém B ndm ngoai duong tron.
Tacé: IA=2=R;IB=2J5>R suy ra di€ém A thudc duong tron va diém B nam ngoai
duwong tron
(2) Viét phuong trinh tiép tuyén ctia (C) tai di€ém A.
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Ti€p tuyén cua (C) tai diéfm A nhan A= (2; O) lam vecto phap tuyén nén c6 phuong
trinh 1a 2(x-1)+0(y+1)=0 hay x =1
(3) Viét phuong trinh ti€p tuyén cta (C) ké tir B.
Phuong trinh duong thang A di qua B ¢6 dang;
a(x—1)+b(y—3)= 0 (v6i @’ +b*#0) hay ax+by—-a-3b=0
Duong thang A 1a tiép tuyén ctia duong tron < d(I;A)=R

‘3a—b—a—3b‘_ 2 5 5 B b=0
@W—2©(€l—2b) =a"+b"<=3b —4ab—0<:>{3b:4a

» Néu b=0, chon a=1 suy ra phuong trinh ti€p tuyénla x=1.
» Néu 3b=4a, chon a=3, b=4 suy ra phuong trinh tiép tuyén la 3x+4y—-15=0
Vay qua A ké duoc hai ti€p tuyén voi (C) ¢d phuong trinh la x =1 va 3x+4y-15=0

Vi du 5.3.
Cho duong tron (C, ):x*+y*+2(m—1)x—2my—4=0 . Biét rang khi m thay d6i,
dwong tron (Cm) ludn di qua diém I c6 dinh c6 hoanh d¢ duong. Tim gia tri cua m
sao cho tiép tuyén cuia dudng tron (C, ) tai I song song véi (d):x—2y-1=0.
= Loi giai

Gia str dwong tron (C,, ) ludn di qua diém I(x,;y, ) ¢6 dinh khi m thay déi.

Khi d6 ta c6 x; +y; +2(m—1)x, —2my, —4=0,Ym.

> m(2x, -2y, )+x; +y; —2x,—4=0,Ym

@{x‘;:yg @{xojyo @{xozy(’:_lzﬂ(zﬂ).

X, +y, —2x,-4=0 2x;—2x,—-4=0 Xy =Y,=2

(C,) c6 tam J(1—m;m). VIPT cta ti€p tuyén cua (C,, ) tai I la Ij = (—m—l;m —2).
Dé tiép tuyén tai [ song song véi (d) :x—2y—1=0 thi ton tai k sao cho:

- -m—-1=k k=-4
I]=k(1;—2)<:> o .
m—2=-2k k=3

Vay m=—4 thoa man yéu cau dé bai.

Vi du 5.5.

Viét phuong trinh tiép tuyén A cua dudng tron (C):x*+y’ —4x+4y—1=0 trong
trieong hop:
(1) Puong thang A vudng gdc véi duong thang A':2x+3y+4=0
(2) Duong thang A hop véi truc hoanh mot goc 45°
= Loi giai
(1) Puong thing A vudng goc véi duong thang A': 2x+3y+4=0
buong tron (C) co tam [ (2; —2) ,ban kinh R=3
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Vi ALA  nén A nhan i = (—3;2) lam VTPT do d6 ¢6 phuong trinh: -3x+2y+c=0
Duong thang A 1a tiép tuyén véi duong tron (C) khi va chi khi

[-10+¢|

o

Vay c6 hai tidp tuyén 1a A, :=3x+2y+10+3v/13=0 va A, :-3x+2y+10-313 =0

d(LA)=3& =3 c=10£3V13

(2) Duong thang A hop véi truc hoanh mot goc 45°
Gia stt phuong trinh duong thang A :ax+by+c=0,a* +b* #0
Duong thang A 1a tiép tuyén véi duong tron (C) khi va chi khi
|2a—2b+]
3o —

d(IA)= — =3 (2a-2b+c) =9(a’+1*)(*)
Puong thing A hop véi truc hoanh mot goc 45°
| 1

= cos45’ =
Na' +b’ Na? +b?
Truwong hop 1: Néu a=b thay vao (*) ta c6 184> = ¢* < +c =324, chon
a=b=1=c=43\2 suy ra A:x+yi3\/§:0

:>cos(A;Ox)= < a=b hoaca=-b

c:(3\/5—4)a
C=—(3\/5+4)a

Vi c=(3x/5—4)a,chon a=1, b=—1,c=(3\/5—4):>A:x—y+3\/5—4=0

Truong hop 2: Néu a=-b thay vao (*) ta ¢ 184° = (4a + c)2 =

Vi c=—(3v2+4)a, chon a=1,b=—1,c=—(3V2+4) = A1x-y-3V2-4=0
Vay c6 bon duong thang thoa man 1a A, :x+yi3\/§:0, A, :x—y+3\/5—4:0 va
A ix—y-32-4=0

f Vidu5.6.
Chuyén dong ctia mot vat thé trong khoang thoi gian 180 phut duwoc thé hién trong
mat phéng toa do. Theo d¢, tai thoi diém t(O <t< 180) vat thé & vi tri co toa do
(2+ sint®; 4 + cost°) .
(1) Tym vi tri ban dau va vi tri két thic ctia vat thé.
(2) Tim quy dao chuyén dong ctia vat thé.
= Loi giai
(1) Tym vi tri ban dau va vi tri két thic ctia vat thé.
Vi tri ban dau cta vat thé tai thoi diém t =0 co toa d6 M (2; 5) .
Vi tri két thiic ctia vat thé tai thoi diém t =180 ¢6 toa d6 M(2;3).
(2) Tim quy dao chuyén dong ctia vat thé.

Quy dao chuyén d6 cua vat thé 1a cac diém M (x; y) thoa man
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<:>(x—2)2+(y—4)2:1.

x=2+sint®
y=4+cost°®

Véy quy dao chuyén d¢ cua vét thé 1a dudng tron (C ) : (x—2)2 +( y—4)2 =1, c6 tam
I(2;4), ban kinh R=1.
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PHUO'NG TRINH PUONG TRON

(c 3l
Luyén tap

A. Céu hoéi — Tra 10i trdc nghiém
» Cau 1. Trong mat phang Oxy, phuong trinh nao sau day la phuwong trinh ctia duong tron?

A. x2+2y2—4x—8y+1=0. B. x2+y2—4x+6y—12=0.

C. x*+y*—2x-8y+20=0. D. 4x* +y*—10x-6y—-2=0.
= Loi giai

Chon B

Dé 1a phuong trinh duong tron thi diéu kién can 1a hé s6 cua x* va y* phai bang nhau
nén loai dugc dap an A va D.

Ta c6: x° +1> —2x -8y +20=0 (x~1) +(y—4) +3=0 vo ly.

Ta cd:x’ +y’ —4x+6y—12=0< (x— 2)2 +(y+ 3)2 =25 la phwong trinh duong tron tam
1(2;—3), ban kinh R=5.

» Cau 2. Phuong trinh nao sau day la phwong trinh ctia duong tron?

A. 2x* +y’ —6x-6y—8=0. B. x> +2y* —4x-8y—12=0.

C. x*+y*—2x—-8y+18=0. D. 2x* +2y* —4x+6y—12=0.
= Loi gidi

Chon D

Biét rang x* + y* — 2ax — 2by + ¢ = 0 1a phuong trinh ctia mot duong tron khi va chi khi
a’+b*—c>0.
Ta thay phuong trinh trong phuong 4n A va B ¢6 hé s6 cua x°, y* khdng bang nhau
nén day khong phai la phuong trinh duong tron.
Véi pheong dn C ¢6 a* +b” —c=1+16-18 <0 nén day khong phai la phwong trinh
duwong tron. Vay ta chon dap an D.

» Cau 3. Tim t4t ca cac gia trj cia tham s8 m d€ phuong trinh x* +y* —2(m+2)x+4my +19m—6=0

la phuong trinh dwong tron.

A.l<m<2. B. m<-2 hoac m>-1.

C. m<-2 hoac m>1. D. m<1 hoac m>2.
= Loi giai

Chon D

Tacd x° +y° —2(m+2)x+4my+19m—-6=0 (1)
=Sa=m+2,b=-"2m;c=19m—6.
Phuong trinh (1) 1a phuong trinh dudng tron < a* +b* —¢ >0
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< 5m*—15m+10>0< m<1 hodc m>2.
» Cau 4. Cho phuong trinh x2+y2—2mx—4(m—2)y+6—m:0(1) . Diéu kién cta m dé€ (1) la

phuong trinh ctia duong tron.

<1 =1
A m=2. B.|" C.l<m<2. p. |
m>2 m=2

= Loi giai
Chon B
x* +y’ —2mx—4(m-2)y+6—m=0(1) la phwong trinh ctia dudng tron khi va chi khi
2 2 m<1
m) +|2(m=2)| —=(6-m)>0<5m*-15m+10>0< .
() +[2(m-2]] (6 e
» Cau 5. Trong mdt phang Oxy, duwong tron (C):x” +y* +4x+6y—12=0 c6 tam la.
A. I1(-2;-3). B. 1(2;3). C. I(4;6). D. I(—4;-6).
w Lo gidi
Chon A
Ta c6 phuong trinh dwong tron la: (x + 2)2 +(y+ 3)2 =25.
Vay tam duwong tron la: [ (—2 ; —3) .
» Cau 6. Duong tron x? +y* —10y —24 = 0 c6 ban kinh bang bao nhiéu?
A. 49. B.7. C. 1. D. 29.
= Loi giai
Chon B
Duong tron x° +1° =10y —24 =0 c6 tam 1(0;5), ban kinh R=,/0> +5° —(-24) =7.
» Cau 7. Tim toa d0 tim I va bankinh R ctia duong tron (C): x° +y* —2x+4y +1=0.
A.I(-L2);R=4.  B.I(;-2);R=2. C.I(-L;2);R=+5. D.I(;-2);R=4.
= Loi giai
Chon B

C) ¢6 tam I(1;—2), ban kinh R=1>+(-2) =1=2.
(€) (1-2) (-2)

» Cau 8. Trong mit phang Oxy, cho dudng tron (C) : (x—2)2 +(y+3)2 =9 . Duong tron c6 tam va

ban kinh 1a

A. 1(2;3), R=9. B. 1(2;—3), R=3. C. 1(—3;2), R=3. D. 1(—2,-3), R=3.
= Loi gidi

Chon B

Duong tron (C) co tam 1(2;—3) va ban kinh R=3.

» Cau 9. Phuong trinh duong tron c6 tam I (1;2) vabankinh R=5 la

A X +y*-2x-4y-20=0. B. x’ +y” +2x+4y+20=0.

C.x*+y° +2x+4y-20=0. D. x> +y’ -2x—4y+20=0.
= Loi giai

Chon A
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Phuong trinh dudng tron c6 tam 1(1;2) vaban kinh R=5 1a (x~1) +(y-2) =5’
S xt-2x+1+y’ —dy+4=25 o x* +y> —2x—4y-20=0.
» Cau 10.Duong tron (C) di qua hai diém A(l; 1) , B(S;S) va co tam [ thudc truc hoanh c¢6 phuong

trinh la

A. (x+4) +y7=10. B.(x-4) +y°=10. C.(x-4) +y*=10.D. (x+4) +y*=10.
= Loi giai

Chon B

Goi I(x;0)eOx; IA*=IB> & (1-x) +1P=(5-x) +3° & x> —2x+1+1=x" ~10x+25+9
& x=4.Vay tam dudng tron 1a 1(4;0) va ban kinh R:IA:,/(1—4)2 +1* =410
Phuong trinh duong tron (C ) co dang (x —4)2 +y° =10.
» Cau 11.Trong méat phang véi hé toa d6 Oxy, tim toa d6 tam I cta duong tron di qua ba diém
A(0;4), B(2;4), C(2:0).
A. I(5;1). B. 1(0;0). C. I(1;2). D. I(1;0).
= Loi giai
Chon C
Gia str phuong trinh duong tron di qua 3 diém A, B,C c6 dang
(C):x* +y* +2ax+2by +c =0
Thay toa do 3 diém A(0;4), B(2;4), C(2;O) ta dwoc:

8b+c=-16 a=-1
4a+8b+c=-20={b=-2=(C):x*+y’ —2x-4y =0.
4a+c=-4 c=0

Vay (C) c6 tam I(1;2) va ban kinh R=+/5 .
» Cau 12.Cho tam gidc ABC c6 A(l;—l),B(3;2),C(5;—5). Toa d6 tdm duong tron ngoai tiép tam

giac ABC la
A. 4—7;—E . B. 4—7,2 . C. —4—7;—E . D. —ﬂ;E .
10 10 10 10 10 10 10 10
w Loi gidi
Chon A

Goi [ (x; y) la tdim duong tron ngoai tiép tam giac ABC.

47

A% = B] 1V 2 _(r_2V )2 _ X =
Tacéi{ 12—312 = (x 1)2+(3/+1)2 (x 3)2+(y 2)2 {4’5"‘6?:;1 101 .
A" =CI (x=1) +(y+1) =(x-5) +(y+5) 8x—8y =48 Y= 3

" 10
47 13
g 2L _22
(10 10)

» Cau 13.Lap phuong trinh duong tron di qua hai diém A(3;0),B(O;2) va ¢ tam thudc duong
thing d:x+y=0.
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= Loi gidi
Chon A
A(3;0), B(0;2), d:x+y=0.

Goi I la tam duwong tron vay I(x; —x) viled.

IA* = IB? <:>(3—x)2+x2:x2+(2+x)2 o —6x+9=4x+4 @x:%.Véy I(l;—lj
2 2
=3 4[] =2 i quimg o

2" 2)
1Y 1Y 13
Phuong trinh dwong tron can lap la: (x—Ej +(y+§j =

» Cau 14.Cho tam giac ABC biét H (3;2) , G(g ,gj lan luwot 1a tryee tam va trong tam cuia tam giac,

duong thang BC ¢ phuong trinh x+2y—2 = 0. Tim phuwong trinh duong tron ngoai tiép
tam gidc ABC?

A. (x+1) +(y+1) =20. B. (x—2) +(y+4) =20
C. (x=1) +(y+3) =1. D. (x-1) +(y-3) =25.
= Loi gidi
Chon D
A
I
G
B i ¢

*) Goi I 1a tam duong tron ngoai tiép tam giac ABC.
; x, =3 :%(§—3j
= HI = EHG =

:{xlzl
y —2=3(§—2j v =3
' 213
*) Goi M 1a trung di€ém ctia BC = IM 1 BC = IM:2x-y+1=0.

2x-y=-1_[x=0
M=IMABC =1~ Y7 =7 o Mm(01).
X+2y=2 y=1
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Laicé:m=3m:> g :>{ B
yA—1=3(——1j Ya=

Suy ra: ban kinh dwong tron ngoai ti€p tam giac ABC la R=IA=5.
Vay phuong trinh duong tron ngoai tiép tam giac ABC la (x— 1)2 +(y —3)2 =25,
» Cau 15.Trong mat phang toa d6 Oxy, phuong trinh ctia duong tron cd tam 1a goc toa d6 O va

tiép xtic véi duong thang A: x+y-2=0 la

A X +y’=2. B. X’ +1° =+2.

C. (x—1) +(y-1) =+2. D. (x—1) +(y-1) =2.
= Loi giai

Chon A

Duong tron (C ) c6 tam O, ban kinh R tiép xtc véi A nén c6:
-2
R:d(O;A)z%zﬁ.
2
Phuong trinh dudng tron (C): x*+y* =2.
» Cau 16.Trong mit phang toa dd (Oxy), cho duong tron (S) c6 tam I nam trén duong thang

y=-x, ban kinh R=3 va tiép xtic véi cac truc toa do. Lap phuwong trinh cta (S), biét

hoanh d6 tam I 1a s6 dwong.

A (x=3) +(y-3) =9. B. (x-3) +(y+3) =9.

C. (x-3) ~(y-3) =9. D. (x+3) +(y+3) =9.
= Loi giai

Chon B

Do tam I nam trén duwong thang y = —x = I(a;—a) , diéu kién a>0.
Buong tron (S ) c6 ban kinh R =3 va tiép xtc vdi cac truc toa do nén:

d(1;0x)=d(I;0y) =3 < |a| =3 < a=3(n)va=-3(1)=1(3;-3).

Vay phuong trinh (S) :(x —3)2 +(y + 3)2 =9.
» Cau 17.Mot dwong tron c6 tam 1(3;4) tiép xtic véi duong thang A :3x +4y—10=0. Héi ban kinh

duong tron bang bao nhiéu?

A.E. B. 5. C. 3. D.E.
3 5
= Loi giai
Chon C

Puong tron tam [ (3 ; 4) tiép xtic véi duong thang A :3x+4y—10=0 nén ban kinh duong
tron chinh la khoang cach tir tam [ (3 ; 4) t6i duong thang A:3x+4y-10=0.
33+44-100 15 ;

Taco: R=d(I,A)= N
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» Cau 18.Trong hé truc toa dd Oxy, cho diém I(l;l) va duong thang (d):3x+4y—2=0. Duong

tron tam [ va tiép xtc véi duong thang (d ) c6 phuong trinh

A. (x-1) +(y-1) =5. B. (x—1) +(y-1) =25.
2 2 )2 B 221
C. (x-1) +(y-1) =1. D. (x=1) +(y-1) =<
= Loi giai
Chon C
Puong tron tam I va ti€p xtic véi dudng thang (d) c6 ban kinh
R:d(j,d):wzl

N3+ 4
Vay duwong tron cé phuong trinh la: (x — 1)2 + (y — 1)2 =1.
» Cau 19.Trén hé truc toa d¢ Oxy, cho duong tron (C) cé tam I (—3; 2) va mot tiép tuyén ctua no co

phuong trinh la 3x+4y -9 =0. Viét phwong trinh cua duwong tron (C).

A (x+3) +(y-2) =2. B. (x—3) +(y+2) =2.

C. (x-3) +(y-2) =4 D. (x+3) +(y-2) =4.
= Loi gidi

Chon D

Vi duong tron (C) ¢ tam [ (—3; 2) va mot tiép tuyén ctia n6 la dwong thang A co
phuong trinh la 3x+4y—9 =0 nén ban kinh cua dwong tron la
3.(-3)+4.2-9
3-(3) _,
V3 +4°

Vay phueong trinh duong tron la: (x + 3)2 + (y - 2)2 =4

R=d(I,A)=

» Cau 20.Trén mat phang toa dd Oxy, cho cac diém A(3 ;O) va B(0;4). Dudng tron ndi ti€p tam
gidc OAB c6 phrong trinh

A X +yt=1. B. x*+y’ —4x+4=0.

C. x*+y*=2. D. (x—1)2+(y—1)2=1.
= Loi gidi

Chon D
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Vi cac diém A(3;0) va B(O;4) nam trong géc phan tu thit nhat nén tam gidc OAB ciing
nam trong géc phan tw thit nhat. Do vy goi tim duong tron ndi tiép 1a I (a,b) thi
a>0,b>0.

Theo dé ra ta co: d(I;Ox) = d(I;Oy) = d(I;AB) .

Phuong trinh theo doan chan ctia AB la: §+% =1 hay 4x+3y-12=0.

= =550
Ta—12=5a <1/ a=6(l).
Ta—12=-5a a=1

o=

Do vay ta co: {‘4a+3b12‘:5‘a‘© [

Vay phuong trinh duong tron can tim la: (x - 1)2 + (y - 1)2 =1.

» Cau 21.Trong méat phang voi hé toa do Oxy, cho duong tron (C):x” +y* —2x -4y +3=0. Viét
phuong trinh tiép tuyén d cua dwong tron (C) biét tiép tuyén do6 song song vdi duong
thang A:3x+4y+1=0.

A. 3x+4y+5J2-11=0; 3x+4y—5v2 +11=0.
B. 3x+4y+5v2-11=0, 3x+4y—542-11=0.
C.3x+4y+5vV2-11=0, 3x+4y+5J2+11=0.
D. 3x+4y—5V2+11=0, 3x+4y—542 -11=0.
= Loi giai
Chon B
(C): % +y* —2x—4y+3=0 o (x—1) +(y-2) =2.
Do d6 dudng tron c6 tam I =(1;2) va ban kinh R=+2.
Do d song song véi duong thang A nén d cé phuong trinh 1a 3x+4y+k=0, (k # 1).
Ta co d(I;d)—RQM—\/EQ‘IHk‘—5\/§<:{11+k:5\/5 @!k=5\/§11 .
J3 44 H+k=-5V2  [k=-5V2-11
Vay c6 hai phuong trinh tiép tuyén can tim la 3x+4y + 5V2-11=0, 3x +4y ~5y2-11=0.
» Cau 22.Cho dudng tron (C):x* +y° —2x—4y—4=0 va diém A(1;5). Duong thing nao trong cac
duong thang dudi day 1a tiép tuyén cta duwong tron (C) tai diém A.
A. y-5=0. B. y+5=0. C.x+y-5=0. D. x-y-5=0.
= Loi giai
Chon A
Puong tron (C) co tam 1(1;2) — A= (0;3).
Goi d la tiép tuyén cua (C ) tai diém A, khi d6 d di qua A va nhan vecto IA 1a mot
VTPT.
Chon mot VIPT cua d la nj = (O;l).
Vay phuong trinh duong thang dla y—5=0.
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» Cau 23.Cho duong tron (C):x* +y* —4=0 va diém A(-1;2). Dudng thang nao trong cac duong
thang dudi day di qua A va la tiép tuyén ctia duong tron (C)?
A. 4x-3y+10=0. B. 6x+y+4=0. C.3x+4y+10=0. D.3x-4y+11=0.
= Loi giai
Chon A
Puong tron (C) c6 tam la goc toa do O(O;O) vacobankinh R=2.
Ho dudng thing A qua A(-1;2):a(x+1)+b(y-2)=0, véi a* +b* #0.
‘a—2b‘

\Ja* +b?

biéu kién tiép xtic d(O; A) =R hay =2 (a —219)2 = 4(a2 + bz)

a=0

3a=-4b

Vé6ia=0,chon b=1tacoé A :y-2=0.

V6i 3a=—4b, chon a=4 vab=-3 tacé A, :4(x+1)-3(y-2)=0<4x-3y+10=0.

<:>3a2+4ab=0©{

Nhan xét: Thuc ra bai nay khi thay toa d¢ diém A (—1; 2) vao cac duong théng O cac
phuong an thi taloai C. va D. Tinh khoang cach tir tim ctia dwong tron dén duong thang
thi chi c6 phuwong an A. thoa.

» Cau 24. Trong mat phang Oxy, cho dudng tron (C ) : (x - 1)2 + (y - 4)2 =4. Phuong trinh ti€p tuyén
voi duong tron (C ) song song voi dwong thang A:4x—3y+2=0 la

A. 4x-3y+18=0. B. 4x-3y+18=0.

C. 4x-3y+18=0;4x-3y—-2=0. D. 4x-3y—-18=0;4x-3y+2=0.
= Loi giai

Chon C

Duong tron (C):(x—l)2 +(y—4)2 =4 co6 tam 1(1;4) vaban kinh R=2.
Goi d la tiép tuyén cta (C ).
Vi d//A nén duong thang d:4x—3y+m:0(m¢2).
e [4.1-34+m|
d la tiép tuyén cua (C) @d([;(d))=R©—2=2
4 +(-3)
m=18
elm-8 =10
m=-2
Vay c6 2 ti€p tuyén can tim : 4x—-3y+18=0;4x-3y—-2=0.
»Cau25.56 ti€p tuyén chung cua 2 duwong tron (C):x*+y*-2x+4y+1=0 va
(C'):x*+y* +6x—-8y+20=0 la
A. 1. B. 2. C. 4. D. 3.
= Loi giai
Chon C
Puong tron (C):x” +y* —2x+4y+1=0 c6 tam I(1;-2) ban kinh R=2.
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Puong tron (C'):x* +y* +6x—8y+20=0 c6 tam I'(-3;4) ban kinh R'= J5.
'=2413.
Vay II'> R+ R' nén 2 dwong tron khong c6 diém chung suy ra 2 duwong tron c6 4 tiép
tuyén chung.

» Cau 26.Viét phuong trinh tiép tuyén ctia duong tron (C):(x—2)* +(y +4)’ =25, biét ti€p tuyén
vudng goc voi duong thang d:3x—4y+5=0.

A. 4x+3y+29=0. B. 4x+3y+29=0 hoac 4x+3y—-21=0.

C. 4x-3y+5=0 hoac 4x-3y—-45=0 D. 4x+3y+5=0 hodc 4x+3y+3=0.
= Loi giai

Chon B

buong tron (C): (x—2)* +(y+4)* =25 c6 tam 1(2;-4), ban kinh R =5.
Duong thing A vudng goc véi duong thang d:3x—4y+5=0 cd phuong trinh dang:
4x+3y+c=0
A la tiép tuyén cua duong tron (C) khi va chi khi: d(I;A)=R
[4.2+3.(-4)+(] c—4=25 c=29
= = .
42 432 c—4=-25 c=-21

Vay c6 hai tiép tuyén can tim la: 4x+3y+29=0 va 4x+3y-21=0.

:5@\c—4\=25@[

» Cau 27.Trong mit phang véi hé truc toa dd Oxy, cho hai dwong tron (C1 ),(Cz) c6 phuong trinh
Tan lwot 1a (x+1)° +(y+2)* =9 va (x—2)* +(y —2)* = 4. Khang dinh nao dudi day la sai?
A. Duong tron (Cl)cc') tam I, (—1; —2) va ban kinh R =3.
B. Brong tron (Cz) cotam I, (2;2) vabankinhR, =2.
C. Hai duong tron (C, ),(C,) khong ¢6 diém chung.
D. Hai duong tron (C,),(C,) ti€p xuc v6i nhau.
= Loi gidi
Chon B
Ta thdy duong tron (Cl)cé tam I(—l; —2) vaban kinh R =3.
Puong tron (C,) ¢ tam I,(2;2) vabankinhR, =2.

Khi dé: 5=R, +R, =11, =/(2+1)* +(2+2)} =5=(C,) va (C,) tiép xtic nhau.

» Cau 28.Trong mat phang véi hé truc Oxy , cho hai duong tron (C):(x—l)2 +y’=4 va
(C'):(x—4)2 +(y—3)2 =16 cat nhau tai hai diém phan biét A va B. Lap phuong trinh
duong thang AB
A x+y-2=0. B. x-y+2.=0 C.x+y+2=0. D. x-y-2=0.

= Loi giai
Chon A
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2
.x_l + 2:4 2 2 _1_
Cach 1: Xét hé (x=1) +y Q{ Xty -2x-3=0

(x-4) +(y-3) =16 (X" +y —8x—6y+9=0

3+ﬁ 1—\/7
y=2-x { y=2-x X Y=

2 2
= = =
{x2+(2x)22x3=0 23 —6x+1=0 17 14T

X = ’y:

2 2
347 ﬂj B(ﬂ 1+ﬂ,

Suy ra A( 5 5 5 5
(C) c6 tam O(1;0), (C') c6 tam O'(4;3) =00’ =(3;3)
Nén duong thang AB qua A vanhan 171(1;1) la vécto phap tuyén.

3+ﬁ

2

Phuong trinh: l(x— J+l[y—#J:O<:>x+y—2:0.Chon A.

Cach 2: Gia st hai duong tron (C) : (x—l)2 +y’ =4 va (C') : (x—4)2 +(y—3)2 =16 cat
nhau tai hai di€ém phan biét A va B khi d6 toa d§ cia A va théa man hé phuong trinh:
2
(x-1) +y* =4 @{x2+y2—2x—3=0 )
(x-4) +(y-3) =16 (X' +y —8x—6y+9=0 (2)
Lay (1) trir (2) ta duoc: 6x+6y—12=0< x+y—2=0 la phuong trinh dwong thang di
qua2 diém A va B
» Cau 29.Cho duong thang A:3x—4y—19=0 va duong tron (C) :(x—l)2 +(y—1)2 =25. Biét duong
thdng A cdt (C) tai hai diém phan biét A va B, khi d6 do dai doan thing AB la
A.6. B. 3. C. 4. D. 8.
= Loi giai
Chon A
Tt A:3x—4y-19=0= —ix—g(l)
: Yy y=2"7
Thé (1) vao (C) ta dwoc
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25 e 85 145
+

—x+—=0& .
16 8 16 x:§

29 2 29 2
+) xB:?:yB:—ng =;-=

2 2
Do dai doan théng AB :\/(25—9—1] £—§+4] =6.

» Cau 30.Trong mit phang toa dd Oxy cho duong tron (C) cd tam [ (l;—l) ban kinh R=5. Biét

rang duong thang (d):3x—4y+8: 0 cat duong tron (C ) tai hai diém phan biét A,B.
Tinh d6 dai doan théng AB.
A. AB=8. B. AB=4. C. AB=3.. D. AB=6.

= Loi giai

Goi H 1a trung diém ctia doan thang AB.Tacé IH L AB va
3.1-4.(-1)+ 8‘

\/32 +(—4)2
Xét tam gidc vudng AHI ta c6: HA® =1A’-IH* =5 -3 =16 = HA=4= AB=2HA =8
» Cau 31.Cho duong tron (C):x2 +y?—2x-4y—4=0 va diém M(2;1). Day cung cua (C) di qua

Chon A

IH=d(I; AB)=

diém M c6 do dai ngan nhat la

A. 6. B.\7. C. 3J7. D. 24/7.
= Loi giai

Chon D

Ta cé (C) Xyt -2x—4y-4= 0<:> C) (x 1)2+(y 2 * =9nén c6 tam 1(1;2),R=3
Vi IM=+2<3=R.
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Goi d 1a duong thang di qua M cat duong tron (C ) tai cac diém A,B.
Goi | 1a trung diém ctia AB. Ta co:
Tacod: AB=2A] =2JR* —I]> >2R* —IM* =24/9-2 = 2./7.
» Cau 32.Trong mat phéng toa do Oxy, cho hai diém A(O; —3), B(4;l) va diém M thay doi thudc
duong tron (C): x* +(y - 1)2 =4.Goi P__lagia tri nho nhat ctia biéu thitc P = MA+2MB
.Khidé tacéd P thudc khoang nao dudi day?
A.(7,7:8,1). B. (7,37,7). C. (8,3;8,5). D. (8,1;8,3).
= Loi giai
Chon D

-

A
Duong tron (C): x* +(y—1) =46 tam 1(0;1) ban kinh R =2.
IA=IB=4>Rnén A, Bnam ngoai dudng tron.
Goi N la giao diém ctia IA va duong trbn(C )
Trén doan IN 13y diém P sao cho IP = %IN — IP= %ﬁ = P trung véi gdc toa do.

Ta c6 AIAM ~ AIMP = A M _IN ) a4 —omp.
MP IP IP
Do d6 P=MA+2MB=2MP+2MB>2PB= P, =2PB=217=P_ <(8,1;8,3).
» Cau 33.Trong mat phang Oxy, cho diém M nam trén duong tron (C) P+ Y +8x—6y+16=0.

Tinh d6 dai nho nhat cia OM ?

A. 3. B. 1. C.s. D. 2.
= Loi gidi

Chon D

Cach 1

Duong tron (C) co tam I(—4;3), ban kinh R=3.

Ta c6 Ol = (—4;3) suy ra phuong trinh duong thang OI 1a {i : ;jt .

OIN(C)={M} Toa dd (x;y) cuia M la nghiém hé
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;=8 p=2

X+ +8x—6y+16=0  [25*—50t+16=0 5 5
32 -8

y=>3t y=3 24 6
s |77

Suy ra M (—2 ﬁj,Mz (—§,Ej
5 5 55

2 2 2 2
1o 0w =y 2] +(2] =pom= (2] (&) 2 om0 -0m, 2

Cach 2
Puong tron (C) co tAm I(—4;3), ban kinh R=+/4*+3*-16 =3.

Phuong trinh duong thang OI di qua O(O; 0) co vtpt ﬁ'(3; 4) la:
3x+4y=0.
Toa d0 M =0I m(C) la nghiém cua hé:

3x+4y=0 - SRS
X4y’ +8x—6y+16=0 y 24 6
5

2 2 2 2
Ta cdé OM, = 32 + 24 =8,0M, = 8 + 6 =2.Vay OM_. =2.
1 5 5 2 5 5 min

» Cau 34.Goi [ la tam ctia duong tron ( ) (x 1) +( ) =4. S8 cac gia tri nguyén ctia m dé
duong thang x+y—m =0 cat duong tron (C ) tai hai diém phan biét A, B sao cho tam
giac IAB c6 dién tich 16n nhat la
A. 1. B. 3. C. 2. D. 0.

w Loi gidi
Chon C

‘ dix+y-m=0

N

G(_)i:d:x+y—m=0;témcﬁa laI 11 dé dm ta12phanb1etkh1do

Sd(l;d)<2<—>0£%<2<—>2—2\/§<m<2+2\/§(*)

Xét AIABco: S, . = %.IA.IB. sin AIB = %.18 sinAIB < %.Rz

AAIB
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Dau “=" xay ra khi: sinAIB=1< AIB=90" = AB=242
2-m =0 (TM
:d(l;d)zx/i(—)uzx/ae m ( ).
J2 m=4 (TM)

» Cau 35.Difm ndm trén duong tron (C):x* +y* —2x+4y+1=0 o6 khoang cach ngin nhat dén
duong thang d:x—y+3=0 c6 toa dd M (u;b). Khang dinh nao sau day dtng?
A. \/Ea:—b. B.a=-b. C. \/Ea:b. D.a=b.

= Loi giai
Chon C
Puong tron (C) c6 tam I(1;-2), ban kinh R=2.
Goi A la duong thang qua I va vuong goc véi d.
Khi d6, diém M can tim 1a mét trong hai giao diém cua A va (C )

Ta c¢6 phuwong trinh A:x+y+1=0.

. |x+y+1=0
Xéthe: ¢ | 7 | &
x“+y -2x+4y+1=0

y=-x-1 y=-x-1 {
Q{z(xl)z =4©{leiﬁ® {

Véi B(1+\/§;—2—\/§):>d(B,d)=_2+3x/§
V6i C(1-+2;-2++2) = d(C,d)=-2+3V2 <d(B,d)

Suy ra M(l—x/z;—2+x/5):>a:l—ﬁ;b:—2+\/§=\/§(l—\5)=\/§a.
B. Cau hoi — Tra 1oi diing/sai
» Cau 36.Cho duong tron (C) : (x—l)2 +(y+2)2 =4. Khi d¢:
Ménh dé bung | Sai
(a) | Buong tron (C) cé tam la I(l;—2).

(b) | Puong tron (C ) cOban kinh R=4

(c) | Puong tron (C ) di qua diém A(I;Z).

» TOAN TU TAM Trang 14



Chuwong 09 :
PHU'O'NG PHAP TQOA PO TRONG MAT PHANG
(d) | Pudmg tron (C) <6 dwdng kinh bing 4. | |
= Loi giai
(a) Duong tron (C) co tam la I(l; —2).
Puong tron (C) ¢6 tam la I(1;-2).
» Chon DUNG.
(b) Puong tron (C) cd bin kinh R =4
Puong tron (C) c6 bankinh R=2.
» Chon SAL
(c) Puong tron (C) di qua diéin A(1;2).
Do (1 —1)2 +(2+ 2)2 =4 la ding nén duong tron (C) di qua diém A(l;2) .
» Chon DUNG.
(d) Duong tron (C) cé dwong kinh bang 4.
Duong tron (C ) c6 ban kinh R =2 nén dwong kinh d =2R=4.
» Chon DUNG.
» Cau 37.Cho (C):(x~1) +3* =10; va diém A(4;1). Khi d¢:
M¢énh dé Ping | Sai

(a) | Piém Ae(C).

(b) | Duong kinh ctia duong tron (C ) bang J10.

Phuong trinh ti€p tuyén cua duong tron (C ) tai diém A(4;1) co

(c) . T
vecto phap tuyénla 7 = (3;1) .

Phuong trinh tiép tuyén cua duong tron (C ) tai diém A(4; 1) di qua

() diém N(4;3).

= Loi giai
(a) Diéin Ae(C).
Thay x =4,y =1 vao phuong trinh duwong tron (C) ta co: (4—1)2 +1* =10.
Do d6 Ae(C).
» Chon DUNG.
(b) Duong kinh cuia dieong tron (C) bang J10.
Bén kinh ctia (C) bing 10 . Do d6 dudng kinh cua (C) 1a 2310 .
» Chon SAL
(c) Phwong trinh tiép tuyén cua dwong tron (C ) tai diém A(4;1) co vecto phdp tuyén la 1 = (3;1).
Phuong trinh tiép tuyén di qua diém A(1;4) b n=IA= (3;1) .
» Chon DUNG.
(d) Phueong trinh tiép tuyén ciia duong tron (C) tai diéin A(4;1) di qua diéin N(4;3).

» TOAN TU TAM m
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Phuong trinh tiép tuyén di qua diém A(1;4) c6 n=1IA= (3;1) nén c6 phuong trinh la
3x+y-13=0.

Thay x =4,y =3 vao phuong trinh ti€p tuyén ta c6: 3.4+3-13=2#0.

Do dé N khong thudc tiép tuyén.

» Chon SAIL
» Cau 38.Cho duwong tron (C) co tam I(—I;Z) va tiép xtic véi duong thang A:x—2y+7=0. Khi
do:
Ménh dé Pung | Sai
3
@ | d(I,A)=—"F
J5
. f X o oaa s 4
(b) | Puong kinh ctia duong tron c6 do dai bang ﬁ
(©) | Phuong trinh duong tron Ta (x-+1)" +(y~2)] =%
(d) | biém O(O;O) nam bén trong duong tron (C )
= Loi giai
3
(a) d(I,A)=—%
(1.8)=3
(C) co tam I va tiép xtic A nén co ban kinh R=d(I,A)= loaer 2
Jiva s
» Chon SAL
(b) Puong kinh ctia dweong tron cé dg dai bang %
5
2 . 4
T R=d(I,A)=—= = duwong kinh cua duong tron cé d6 dai bang —.
» Chon DUNG.
(c) Phuwong trinh dwong tron la (x+ 1)2 +(y —2)2 :%
Vay phuong trinh duong tron (C) fa: (x+1) +(y-2)" ==.
» Chon DUNG.
(d) Diém O(O;O) nam bén trong dwong tron (C)
P 2
Xét [0l = (1) +(2) =V5 > R=—=.
Jor+e) 2
Do d6 diém O(0;0) nam bén ngoai duwong tron (C )
» Chon SAIL
» Cau 39.Duong tron (C) di qua A(2;—1) va tiép xutc véi hai truc toa do Ox va Oy . Khi d¢6:
Ménh dé Ping | Sai

(a)

Tam ctia (C) c6 dang I(R;-R), R 1aban kinh dudng tron (C)

(b)

R*=(R-2) +(R-1)

» TOAN TU TAM Trang 16
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(c) | C6 2 dwong tron thoa man ‘ ‘
(d) ‘ Téng bén kinh cdc duwong tron thoa man bang 5 ‘ ‘
= Loi giai
(a) Tam ctia (C) co dang I(R;—R), R 1a ban kinh dwong tron (C)

Vi diém A(2; —1) nam & goc phan tuw thit tu ctia hé truc toa d6 va duong tron tiép xdc
véi hai truc toa d6
Nén tam ctua duong tron c6 dang I (R; —R) trong d6 R la ban kinh duwong tron (C )
» Chon DUNG.
) R*=(R-2) +(R-1)
Tacé: R =IA® & R*=(2-R)' +(-14R) & R ~6R+5=0 | ~ |

» Chon DUNG.
(c) C6 2 dwong tron thoa man

Véy c6 hai dudng tron thoa méan dé bai la: (x—1)" +(y+1) =1; (x=5) +(y+5) =25.
» Chon DUNG.
(d) Téng bén kinh cic dwong tron théa man bang 5

R =1=d =2
Tacé:{ ! ‘ =d +d,=12.

R,=5=d,=10
» Chon SAL
» Cau 40.Duong tron (C) di qua hai diém A(2;3),B(—1;1) c6 tam thuoc A:x—3y—11=0.Khi dé:

M¢énh dé Pung | Sai

(a) | Tam cta duong tron (C ) lal (7 ;—%J

(b) | Pudng kinh ctia dudng tron (C) bang 65

(c) | biém O(O; O) nam bén trong duong tron (C )

(d) | Puong tron (C ) di qua diém N (0;2)

> Loi gidi
(a) Tim ciia dwomg tron (C) la 1[7,-—%)
Goi tam duong tron 1a I(3t+11;t) e A.
Tacé: IA=IB< IA” = 1B
2 2 2 2 5
& (3t+11-2) +(t=3) =(3t+11+1) +(t-1) ©Rt=-S5t=—.

7 5
Suyra I| —;—=|;

» Chon SAL
(b) Buwong kinh cia dweong tron (C) biang 65
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2 2
Ta c6 ban kinh duwong tron R:IA:\/ 2—%} +(3+§ =

Vay duong kinh ctia dwong tron (C ) bang 2.——=+/130

» Chon SAIL
(c) Diém O(0;0) nim bén trong dwong tron (C)
2 2
Xét ‘&‘: (%} +(—§j :@<R:@.
Do d6 diém O(O;O) nam bén trong duong tron (C )
» Chon DUNG.
(d) Duong tron (C) di qua diém N(0;2)

2 2 2 2
Thay diém N(O;Z) vao (C):(x—zj +(y+§j =§:>(O—Zj +(2+_j =~ —R?
2 2 2 2 2 2

2 2
. 7 5 65
Do d6 N(0;2) nam trén duwong tron (C):| x—— | +| y+=| =—
(0) gton (C):[x-2] +(y+3] =5
» Chon PUNG.
» Cau 41.Dudng tron (C) di qua hai diém A(1;2), B(3;4) va tiép xtic A:3x+y-3=0.Khi dé:

Ménh dé Ping | Sai

(@) | IB=d(I,A)

(b) | Tong dwong kinh ctia cac duong tron (C ) bang: 2410

(c) | C6 hai dwong tron (C) thoa man

(d) | Diém N (l; 0) nam trén it nhat mot dwong tron (C )
= Loi giai
(a) IB=d(I,A)
Duong tron (C) di qua hai diém A(1;2),B(3;4) = IA=IB=R
Duong tron (C) tiép xtic A:3x+y-3=0 =d(I,A)=R
Vay IB=d(I,A)
» Chon DUNG.
(b) C6 hai dwong tron (C ) thoa man
[3a+b-3I

Jio

Goi tam dwong tron la I(a;b), ta co: d(I,A) =

o IA* =B
Theo gia thiet A4 - (d(I,A))2
(a—1)° +(b—2)" =(a—3)* +(b-4)’ {a+b=5 (1)

= Y =
(a—1)2+(b—2)2:% & —2a+9b" ~34b+41-6ab=0 (2

» TOAN TU TAM Trang 18
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Thay (1) vao (2):(5—b) —2(5-b)+90> ~34b+41-6(5-b)b=0

b=1 =a=4=R =10
2 _
<4 -180+14 =0 7 /10.
b:E =>a=—=>R =——

2 2
7Y 3) 5
Vay c6 hai dudng tron thoa man: | x—= | +|y—= | =2 va (x—4) +(y-1) =10
ay co hai ng tron thoa man (x 2} (y 2) S va (x ) (y )
» Chon DUNG.
(c) Téng dwong kinh ciia cic dwong tron (C) bang: 2410

R, =410
=241 —
Ry="= |4 =410

» Chon SAL
(d) Diéim N(1;0) nim trén it nhit mot duwong tron (C)

2 2 2 2
Thay diém N(I;O) vao duong tron (x—%j +(y—gJ 3 :(1—%) J{O—ij _U ;té
7 2
Do do N(I;O) khong nam trén duong tron [x _Ej +(y -

Thay diém N(I;O) vao duong tron (x—4)2 +(y—1)2 =10= (1—4)2 +(0—1)2 =10=R’
Do do N(I;O) nam trén duong tron (x—4)2 +(y—l)2 =10
Vay diém N(1;0) ndm trén it nhat mot duong tron (C)
» Chon DUNG.
» Cau 42.Cho dudng tron (C) c6 phuong trinh x> +y* —6x+2y+6=0 va hai diém A(1;-1), B(1;3)
. Khi d¢:
M¢énh dé Ping | Sai

(a) | Bitm A thudc duwong tron
(b) | Diém B ndm trong dudng tron

(c) | x=1 phuong trinh ti€p tuyén cta (C) tai diém A

Qua B ké dwgc hai tiép tuyén voi (C ) c6 phuong trinh la: x=1;
3x+4y-12=0

(d)

= Loi gidi
(a) Diém A thudc dwong tron
Duong tron (C) co tam 1(3;—1) ban kinh R=+/9+1-6 =2.
Tacé: [A=2=R
= A thudc duong tron
» Chon DUNG.
(b) Diéim B nam trong dwong tron
IB=2y5>R
= diém B nam ngoai duong tron.
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» Chon SAL
(c) x =1 phwong trinh tiép tuyén ciia (C ) tai diém A.

Tiép tuyén cua (C ) tai diém A nhan Al = (2; 0) lam vecto phap tuyén nén c6 phuong
trinh 1a 2(x—1)+0(y+1)=0 < x=1.
» Chon DUNG.

(d) Qua B ké dwoc hai tiép tuyén voi (C) cé phwong trinh la: x =1; 3x+4y—12=0.
Phuong trinh dudng thang A di qua B ¢6 dang: a(x—1)+b(y—3)=0 (véi a’ +b° %0 )
hay ax+by—-a-3b=0.
Duong thang A 1a tiép tuyén ctia dudng tron < d(I,A)=R

=N 3a\—/j2—+ab:3b =25 (a-2b) =@ +0° & 30 ~4ab=0 = 3: z Za :

» V6i b=0, chon a=1; phuong trinh tiép tuyénla x=1.

» V6i 3b=4a, chon a=3=b=4; phwong trinh tiép tuyén la 3x+4y—-15=0.
Vay qua B ké dwgc hai tiép tuyén voi (C ) c6 phuong trinh la: x=1; 3x+4y—-15=0.
» Chon SAL
» Cau 43.Duong tron (C) di qua ba diém A(2; 0), B(O; —3),C(5;—3). Khi d6:
Ménh dé Pung | Sai
(a) | Puong kinh ctia dwong tron (C ) bang J26

(b) | Hoanh d¢ cia tam duong tron (C) bing -

(c) | Puong tron (C) di qua diém N(3;0)

(d) | Goi I 12 tm cua duong tron (C) khi d6 d6 dai doan [0 =512
= Loi giai
Goi tam dwong tron la I (u; b) .
I’ =BI’
Theo gia thiét A , ,
Al =CI
(51—2)2+172:az+(b+3)2 4a+6b=-5 |75
= , , = =
(a-2) +b*=(a-5) +(b+3)  (6a-6b=30 >

2 2
Bén kinh dudng tron 1 R = \/G—zj {-%) _ B

(a) Dwong kinh ciia dwong tron bang J26

Taco R= \/7 d= 2\/7 J26.

» Chon DUNG.
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(b) Hoanh d¢ cua tam dwong tron (C) bﬁng —%
. A 5 5 . A o N 5
Tacodtam | 5;—5 = hoanh d6 ctia tam bang 5

» Chon SAL
(c) Duong tron (C) di qua diém N(3;0)

2 2
et [w] - [ 23] +( -2 V26 _p
2 2 2

Do d6 duong tron (C) di qua diém N(3;0)
» Chon DUNG.
(d) D6 dai doan 10 =52

2 2
xét [ic]- 5) (3] a2
2 2 2
» Chon SAL

» Cau 44.Duong tron (C) di qua diém A(—2;6) va tiép xtic v6i duong thang A :3x—4y—15=0 tai
B(1;-3). Khi d6:

M¢énh dé Pung | Sai
(a) | Puong kinh ctia duong tron (C) bang 10

(b) | Tam cta duong tron (C ) c6 tung d6 bang -2

(c) | Khoang cach tir tam ctia dwong tron (C) dén duong thang A bang 4

(d) | biém O(O;O) nam bén trong duong tron (C )
= Loi giai

Goi tam dwong tron [ (a;b) .
Ta c6 vecto chi phuwong ctia A la i, = (4;3) va IB= (l—a; —3—b).
Theo gia thiét: 1B Lii, = [Bil, =0=4a+3b+5=0 (1).
Talaic6 I[A=IB < IA* =1B

& (-2-a) +(6-b) =(1-a) +(-3-b) ©a-3b+5=0 (2)
4a+3b=-5 {a=—2

Giai hé (1) va (2):
fathe (1)va (2) {a—3b=—5 =1

Suy ra R=IA=/(-2+2) +(6-1)* =5.
(a) Duong kinh ciia dwong tron (C) bing 10
Tt R =I1A =5= Duong kinh cia duong tron (C ) bang 10 .
» Chon DUNG.
(b) Tam ciia dwong tron (C) cd tung dg bing —2
Ta co6 tam I(—2;1) = tung do cuia tam béng 1.
» Chon SAL
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(c) Khoang cdch tir tam cua dieong tron (C ) dén dwong thang A biang 4
3.(-2)-4.1-1
d(I;A):‘ 2) 5‘:5
3+ (—4)2
» Chon SAL
(d) Diém O(O;O) nam bén trong dwong tron (C)

Ol =y(-2) +(1)" =5 <R=s.

Do d6 diém O(O;O) nam bén trong duong tron (C )
» Chon DUNG.
» Cau 45.Trong mat phang Oxy , cho hai diém I (-2;3) va diém M(2;5) va hai duong thang

Xét

d:12x-5y+13=0 va A:{;it . Cac ménh dé sau diung hay sai?
Ménh dé Pung | Sai
(a) | Dudng tron thm I va di qua M c6 ban kinh R=2+/5 .

Duong tron tam I va di qua M c6 phuong trinh

(x+2) +(y-3) =10.

Duong tron tim I va tiép xtc duong thang d c6 phuong trinh
(x+2)2 +(y—3)2 =4.

(b)

(c)

\ \ \ 4 A A \ \71 x = t \ .
Phuong trinh duwong tron co6 tam thudc duwong thang A: { va di

(d) y=-t

qua hai diém I va M la: (x+4)2 +(y—4)2 =85.
= Loi giai

(a) Dwong tron tam I va di qua M c6 ban kinh R = 25
Duong tron tam I(—2;3) va di qua M(Z;S) c6 ban kinh
R=IM =\/(2+2)2 +(5-3) =245.
» Chon DUNG.

(b) Duong tron tdm I va di qua M cé phwong trinh (x+2)2 +(y—3)2 =10.
DPuong tron tam I(—2;3) va di qua M(Z;S) c6 ban kinh
R=IM =\/(2+2)2 +(5-3) =245.
Suy ra phuong trinh duong tron can tim: (x + 2)2 + ( Y- 3)2 =20.
» Chon SAIL

(c) Puong tron tdm I va tiép xiic dwong thang d c6 phieong trinh (x+ 2)2 +(y —3)2 =4.
Puong tron tam [ (—2;3) va tiép xtic duong thang d:12x -5y +13=0 c6 ban kinh

Rd(1d)= \12.(—2)—5.3+13\ .,

2

12° +(-5)
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Phuong trinh dwong tron can tim: (x + 2)2 + (y - 3)2 =4
» Chon DUNG.

2 = t 2 \ \
(d) Phwong trinh dwong tron cé tdm thudc dwong thang A: {x va di qua hai diém I va M la :

(x+4)2+(y—4)2 =85.
Goi K la tam ctia duong tron, tacd Ke A va KI=KM=R.

x=t
KEA:{ :>K(t;—t).
y=—t
KI=KM & K =KM? & (-2 -1) +(3+1) =(2—t) +(5+t) & -4t +16=01=4.
Suy ra duong tron cé6 tam K (4; - 4) va ban kinh R=KM =+/85 ¢6 phuong trinh la:
(x—4) +(y+4) =85.
» Chon SAL
C. Cau héi - Tra 1oi ngin
» Cau 46. Trong mat phang toa do Oxy, ban kinh ctia dwong tron tam [ (5 ; 6) va tiép xuc véi duong

thang d:3x—4y—6=0 bang bao nhiéu?

= Loi giai
v'Tra loi: 3
Ta c6 duong tron tam [ (5; 6) va tiép xtic véi duong thang d:3x—4y—6=0
, 3.5-4.6-6|
Do d6 R=d([;d)="————=3.
32 +(—4)

» Cau 47.Trong mat ph.’fmg toa do Oxy, vi tri cia mot chat diém K tai thoi diém #(0 <t <180) co
toa do la (3 +2cost’ ;4+2sint’ ) Quy dao chuyén dong cta chat diém K cé phuong trinh

dang (x —3)2 + (y - 4)2 = a. Gia tri ctia a bang bao nhiéu?

= Loi giai
v Tra loi: 4
=3+2cost’ —3=2cost
y=4+2sint y—4=2sint

Vay chat diém K chuyén dong theo quy dao dwong tron (x - 3)2 + ( y- 4)2 =4 ¢ tam
I(3;4) vaban kinh R=2.
Khi d6 a=4
» Cau 48.C06 bao nhiéu duong tron (C ) di qua A(l;l) va tiép xuc véi 2 truc toa d6?
= Loi giai
v Tra 10i: 2
Phuong trinh duong tron (C) tdm I(a;b) ban kinh R ¢6 dang: (x—a)’ +(y—b)’ =R*.
Do (C) tiép xtc Ox,0y < R= ‘u‘ = ‘b‘ .
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2 \

+ Truong hop 1: Néu a=b :>(C):(x—a)2+(y—a)2 =a’.

a=2—\/§

Do (C Alll l1-a) +(1—a)’ =a’ .
0()qua ( )suyra( a)”+(1-a) a<::>g=2+\/5

Vay c6 2 duong tron:
(Cl):(x—2+\/5)2 +(y—2+\/5)2 =(2 \/5)2
(€): (23] +(y-2-+2) =(2++2)
+ Truong hop 2: N&u a=-b = (C):(x- )2 (y+a) =a’.
Do (C) qua A(l;l) suy ra (l—a) +(1+a) =a’ (vO nghiém)
» Cau 49.C06 bao nhiéu duwong tron (C ) c6 tam nam trén duong thang d:x—6y—10=0 va tiép xtc
v6i hai duong thang cé phuong trinh d, :3x+4y+5=0 va d, :4x-3y-5=0.
= Loi giai
v Tra loi: 2
Goi tam duong tron la 1(611 + IO;a) ed.
Duong tron tiép xtic véi d,,d, nén khoang cach tir tim I dén hai duong thang nay bang
nhau va b::fmg ban kinh R, ta co: d(I,dl) = d(I,dz)
3(6a+10)+4a+3| [4(6a+10)-3a-5|
5 B 5

f—

220+435=21a-35 |20

& [22a+35]=[21a+3| @{ o 70
22a+35=21a+35 a=-

»V6i a=0 thi K(10;0) va R=7 suyra (C):(x~10) +1>=49.

2 2 2
» Voi a——7—0 thi K E _n éR:l suy ra (C): x—E + y+E _| T )
43 43" 43 43 43 43 43

Vay c6 hai dueong tron thoa man c6 phuong trinh la:

2 2
(x-10) +y* =49 va (x_%j +(y+zgj (42)

» Cau 50.C6 bao nhiéu gia tri nguyén cua tham s me [—10;10] dé phuong trinh
X’ +y’ —2(m+2)x+4my+19m—6=0 1a mot phuong trinh duong tron.
= Loi giai
v Tra loi: 19
Phuong trinh da cho la phwong trinh duong tron khi va chi khi

(m+2) +(-2m) ~(19m—6)> 0 & 5m* ~15m+10 > 0 < m & —o0;1) U (2;+o0)
Véime [—10;10] thi ¢6 11+8=19 gi4 tri nguyén cua tham sd m.
» Cau 51.Cho duong tron (C):x* +y* +2x—4y—4=0. Xac dinh gié trj ctia tham s& m d€ qua diém

A(2; m) chi c6 mot tiép tuyén voéi (C ) .
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v Tra 10i: 2
Qua diém A chi c6 mét tiép tuyén voi duong tron (C) khi Ae (C)

hay 2°+m*+2-2-4m—-4=0m’-4m+4=0=(m-2)" =0 m=2.

» Cau 52.Cho dudng tron (C):(x—6) +(y~7) =25. C6 bao nhiéu duong thing d tiép xtic véi

duong tron (C ) va song song voi duong thang A:x+2y—5=0.

= Loi giai
v Tra 1oi: 2
Duong tron (C) c6 tim I(6;7), ban kinh R=5.
Puong thang d song song véi A nén ¢ dang: x + 2y +m = 0(m = —5).
Mit khéc, duong thing d tiép xtic véi duong tron (C) nén
_[204m|
\/ P +2’ V5

Vay d:x+2y+5v5-20=0 hodc d:x+2y—5J5-20=0.

d(I,A) 5<:>m:5\/g—20 hoac m:—Sx/g—20.

» Cau 53.Trong mat phang toa d6 Oxy, cho hai diém A(Z;O) va B(6;4). Biét rang c6 hai duong

tron tiép xtc vaéi truc hoanh tai diém A va khoang cach tir tam cta hai dwong tron dy dén
diém B bang 5. Tinh tong dwong kinh ctia hai dudng tron da cho.
= Loi gidi
v'Tra loi: 16
Goi (C ) la duong tron can tim.
Puong tron (C) ti€p xtic voi truc Ox tai A nén ta co I(2;b) va d(I,Ox) = ‘b‘ =R.
Mit khéc, IB=5 IB* =25 (6-2) +(4-b) =25 b=7 hodc b=1.
»b=7=1(2;7),R =7=d, =14.
»b=1=1(21),R, =1=d,=2.
Khi d6, tong duong kinh ctia hai dwong tron da cho bang 16

» Cau 54.Cho duong tron (C):(x—2)2+y2 :% va cac duong thang d, :x—y =0, d, :x—7y =0. Tinh

ban kinh dwong tron (C ’) c6 thm I nam trén duwong tron (C) va tiép xuc véi d,d,.
w Loi giadi

v"Tra loi: 0,32

Goi I(a;b) la tAm duong tron (C’) .Tacod: Ie (C) = (a—2)2 +b = i

Puong tron (C ') tiép xtc véi hai dwong thang d, va d,

‘a b‘ ‘a 7b‘

AN

od(1,d)=d(I,d,)=R & 5la—b|=|a—7b|

@a:%lb hodic 2= 2b.
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-1

2 2
8 4 8
Vay dwong tron (C') ¢é phuwong trinh la: | x—— | +| x—— | =—.
Y & ( ) p & [ SJ [ 5) 25

» Cau 55.Phuong trinh duong tron (C) ¢ tam B(l;l) va cat d:3x+4y+8=0 tai M,N thoa man
MN =8 c6 duong kinh bang bao nhiéu?
= Loi gidi
v Tra 10i: 10
Goi H la hinh chiéu ctia B 1én d:3x+4y+8=0.
R T B L) S
Khi d6 khoang cach tit diém B dén duong thang d la BH = ﬁ =3.
3" +4
H la trung diém caa MN nén HM =4.

Suy ra ban kinh duong tron (C) la: R=vBH? + HM® =/3* +4° =5.

Vay duong kinh duong tron (C) la: 10.
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BA PUONG CONIC

o7
Ly thuyét

y & 4
1. Elip
;va
,:.: Pinh nghia:
“2-=Cho hai diém phanbiét F va F,.Dat FF, =2c>0.

1

»  Tap hop tat ca diém M thoa MF, + MF, =2a, v6i a>c >0 la mot elip.

Phuwong trinh Elip:
»  Trong mat phéng Oxy, cho F, (—c ; O), F, (c ;0) (hai tiéu diém thudc truc hoanh).
2 2

» VoibP=a’—c* tacd phuong trinh elip c6 dang: x—2+g—2 =1,véia>b>0.

a v
Tir hinh bén ta c6: 5
» Truclén A/A, =2a; Trucbé B B, =2b; \M
» Tiéucw FE,=2c vaa’=b"+c". Al SN A2
> Toadddinh A (-a;0), A, (a;0),B,(0;~b),B,(0;b). 4 "j '
»  Tiéudiém F (—c;0), F,(c;0). 5

2. Hypebol
-

2=»."_Dinh nghia:
222 Cho hai diém phan biét F, va F,. Dat FF, =2¢>0.

1

»  Tap hop tat ca diém M thoa |[MF, — MF,|=2a, v6i 0 <a <c la mot hypebol.

Phuong trinh Hypebol:

»  Trong mat phémg Oxy, cho F (—c ; O), F, (c ;0) (hai tiéu diém thudc truc hoanh).
x2 2

»  Véi b> =a’ —¢*, ta 6 phuong trinh elip c¢6 dang: —2—g—2 =1,v6i a,b>0.
a

Tir hinh bén ta co:

»  DPoan théng A A, =2a goi la truc thue, doan théng
BB, =2b goi la tryc do ctia hypebol.

» Tiéucwe FF,=2c vaa’+b’ =c’.

»  Toadd cacdinh A (-a;0), A,(a;0).

»  Tiéudiém F (—c;0), F,(c;0).

1

»  Giao diém O cua hai truc la tam d6i xirng cua hypebol.
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3. Parabol
-l

V] —

v=s__Dinh nghia:
2 Cho mot diém F va mot duong thang A ¢S dinh khong di qua F.
»  Tap hop cac diém M cach déu F va A 1a mét duong parabol.
» Diém F goila tiéu diém va A goi la duéng chudn ctia parabol (P).
Phwong trinh Parabol:
»  Goi H lahinh chiéu vuong goéc cuia F trén A.
»  Goi khoang cach tir tiéu diém dén dwong chuan la p= HF .

| g

;O] va
y
A:x:—B. /
2
]

»  Khi d6, phuong trinh (P) la: y* =2px, véi p>0.

»  Chon hé truc toa d Oxy, v6i O la trung diém HF (nhw hinh vé) thi F [

Hinh dang parabol va cdc dai luong lién quan: ¥
» O ladinh; Ox goi la truc ddi xirng ctia parabol (P ) . H

»  p goilatham sé tiéu cua parabol (P) .

»  Tiéu diém F (% ; Oj va duong chudn A:x = —g.
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O;Céc dang bai tap

® Dang 1. Phwong trinh Elip

— ,‘\,‘i Phuwong phap )

2 2
Cho Elip c6 phwong trinh chinh tac: (E) : x—2+‘Z—2 =1véi b* =a’-c?.
a

Céc yéu t0 trong Elip:
» Tiéu diém F,(-c;0), F,(c;0).
» Toa d6 cac dinh A (-4;0), A,(a;0), B (0;-b), B,(0;b).
» D0 dai truc Ion 2a.
» D0 dai truc bé 2b.
» Tiéu cu 2c

Vidu1.1.
4 x2 yZ
Tim toa do cac dinh, d¢ dai cac truc, tiéu cu, tiéu diém, tam sai cua elip: (E ) :7 + 7 =1.

= Loi giai

Tir phuong trinh ctia ¢ =va* -b* =43 (E),tacé a=2,b=1.Suyra c=va’-b’ =3.

Suy ra toa do cac dinh 1a A (—2;0); A, (2;0); B, (0;—1); B, (0;1).

D¢ dai truclén A A, =4, d6 dai trucbé BB, =2.

Tiéu cu FF, =2c=243, tiéu diém Ia F,(—/3;0); £, (V3;0).

Tam sai clia c=va* —b* =3 1a ezgzg.
a

Vidu 1.2.

- Xac dinh toa d§ cac dinh va d¢ dai cac truc ctia cac elip co phuwong trinh sau:
2 2 2 2

(i A @X+¥
16 4 43
(3) x* +4y° =1 (4) 4x* +25y° =36
s Loi gidi
CES A
16 4
2 2

Tt phuong trinh f_6+y721 tacd: a=4,b=2.

Céc dinh: A, (—4;0),4,(40),B,(0;-2),B,(0;2).
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Do dai truclén: A/A, =2a=8,BB, =2b=4.

/7172

2 2
Tt phuong trinh %+y? =1tacd: a®>=4,b>=3,suyra c=1.
Cac tiéu diém: F,(-1;0), F,(1;0).
Do dai tieu cy: FF, =2c=2.
(3) x* +4y° =1

2 2
1
Ta co x2+4y2:1<:>x—+y—:1:a:1,b:—.
11 2
4
Cac dinh: A, (-1;0),4,(1;0), B, 0;—~|,B,[ 0,2 |
‘ 2 2
Do dai trucléon: A/ A, =2a=2,BB,=2b=1.
(4) 4x* +25y* =36
2 2
Ta co 4xz+25y2 :36<:>x—+?‘1{—6=1, suy ra: a’ =9,b’ =§:>c:@.

25

Cac tiéu diém: F {—@;OJ,F [@;OJ.

1 2

621

Do dai tieu co: FF, =2c=——1—.
2

E Vidu 1.3.

Lap phuong trinh chinh tic cta elip (E), biét
(1) Do dai truc 16n bf?mg 6, d0 dai truc nhoé b:?mg 4.

(2) Do dai truc 16n bang 10, tiéu cy c6 d6 dai bang 6.

(3) Elip di qua hai diém M(l;O), N{?;l] )

= Loi giai
(1) Do dai truc 16n bang 6, &6 dai truc nho bang 4.

2 2
Gia st phwong trinh elip c6 dang (E ) : x_2 + %2 =1
Do dai truc lc’mbz‘?mg 6=>20=6=>a=3.
Do dai truc nho bang 4 = 2b=4=b=2.

2 2

Vay phuong trinh elip 1a % + y? =1.
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(2) Do dai truc 16n bang 10, tiéu cw c6 d6 dai bang 6.

2

2
Gia st phwong trinh elip c6 dang (E ) : x—2+Z—2 =1.
a
Do dai truc lc’ynbéng 10=>2a=10=a=>5.
Do dai tiéu cubf?mg 6=>2c=6=>c=3.
Taco b’ =a’-c* =b=4.
x2 2
Vay phuong trinh elip c6 dang —+ 1.
25 16
(3) Elip di qua hai diém M(1;0), N(? ;1}.
x2 2
Gia st phwong trinh elip c6 dang (E ) : —2+Z—2 =1.
a

biém Me(E):»uifl:»a:l.

biém Ne(E):>3+12:1:>b:2.
4 b
2 2

Vay phuong trinh chinh tic cta elip cé dang xT+ yj =1.
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R~ Dang 2. Phwong trinh Hypebol

— 4:i'= Phuong phdp )

2 2

Cho Hypebol ¢ phuong trinh: - - Z_Z =1, v6i a,b>0.
a

Cac yéu td trong Hypebol:
» Do dai truc thwe: A A, =2a, do dai truc ao: BB, =2b. D0 dai tieu cu: FF, =2c

» Toa d0 cac dinh A, (-a;0), A, (a;0).
» Tiéu diém A (-a;0), A,(a;0).

Vidu 2.1.

Xac dinh tiéu cuy, tiéu diém, cac dinh, d6 dai 2 truc cua hypebol sau:
2 2 2 2

2 2
mE-¥ @* ¥ 4 @ _Y _
4 21 144 25 5 45
= Loi giai
2 2
n*_¥ _
4 21
aF=4=a=2
P> =21=b=+21

Suy ra: c=+a’+b* =5

+C6 hai tiéu diém F (-5;0), F,(5;0)

+ Tiéu cp 2c¢=10

+ Hai diém A, (—2;0), A, (2,'0) dwogc goi la hai dinh.
+ Do dai truc thue: 2a=4.

+ D06 dai truc thuce: 2b = 2\/5 truc ao.

2 2
* Y
144 25
i =144=4a=12
b*=25=b=5

Suy ra: c=+va’+b’ =13

+C6 hai tiéu diém F (-13;0), F,(13;0)

+ Tiéu cy 2¢ =26

+Hai diém A, (-12;0), A, (12;0) dugc goi 1a hai dinh.
+D0o dai truc thuc: 2a=24.

+ D0 dai truc thuwe: 2b = 221 truc ao.

2 2

X _Y _
3 5 45

P =5=a=4+5
b =45=Db=35
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Suy ra: ¢ =va’ + b7 =52

+C6 hai tiéu diém F, (-5v2;0), F,(5v2;0)

+ Tieu cu 2c =102

+ Hai diém A, (—\/g;()), A, (\/5;0) dwoc goi la hai dinh.
+ Do dai truc thuye: 2a= 2\/§ .

+ Do dai truc thue: 2b = 6\/5 truc ao.

Vidu 2.2.

Lap phuong trinh chinh tac caa (H ) biét:
(1) Bo dai truc thuc 1a 8 va tiéu cy béng 10.
(2) B0 dai truc 4o 1a 8 va tiéu cu bé“mg 12.

(3) Tieu cu b?fmg 20 va mot dinh trén truc thuc 1a ( -3, 0) .

= Loi giai
2 2
Phuong trinh chinh tac ctia hypebol (H ) c6 dang x_2 —};—2 =1, trongd6 a>0, b>0.
a

(1) Po dai truc thuc 1a 8 va tiéu cu bang 10.
Do dai truc thucla 8 nén 2a =8 < a=4vatiéu cu bé“mg 10nén 2c=10<c=5.
Tacd b =c*—a*=5"-4"=3"=b=3
2 2 2 2

Phuong trinh chinh tic ctia hypebol (H ) la: :—2 - ‘Z—z =l ic—6 - % =1.

(2) Do dai truc ao 1a 8 va tiéu cu bang 12.
Do daitrucdola8nén 2b=8<=b=4 Vétiéucu’bémgIZnén 2c=12<c¢c=6.
Tacé a>=c*-b*=6"-4=20

Phuong trinh chinh tic ctia hypebol (H ) - oy,
(3) Tieu cw b?mg 20 va mot dinh trén truc thuc 1a (—3, O) .

Tiéu cw b:fmg 20nén 2¢ =20 < ¢ =10 va mot dinh trén truc thye la (—3,0) nén a=3.

Tacod b* =c*—a®>=10>-3*=91

2 2

Phuong trinh chinh tac cta hypebol (H ) la: % - % =1.
. f Viduy 23,
2 2
Mot thap trién 1dm c6 mét ct hinh hypebol c6 phurong trinh 1% - 3-% —1. Cho biét chieu

cao ctia thap 1a 100m va khoang cach tit néc thap dén tam doi xing ctia hypebol bang
khoang cach tir tam d6i xtiing dén day. Tinh ban kinh ndc va ban kinh ddy cta thap.

= Loi giai
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- .

Do tinh d6i xting ctia hypebol nén ta cé hai ban kinh ctia néc va day thap déu bang r.
Do diém M (r;50) nam trén hypebol nén thay toa do ctia di€ém M vao phuong trinh ctia
hypebol ta co:

rr 50 50°
—————=1=>r=18,/1+— =31 (m).
187 362 36° (m)

Vay ban kinh ctia néc va ddy ctia thap bang 31 m.
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R~ Dang 3. Phwong trinh Parabol

— 4:"2 Phuong phdp )

Cho Parabol c6 phuong trinh: 1> =2px, véi p >0.
Céc yéu t6 trong Hypebol:

» p goi la tham sd tiéu cua parabol (P)

» Tiéu diém F (% c 0) va duong chudn A:x = —g .

Vi du 3.1.

" Tim phuong trinh chinh tic cta parabol (P) . Biét:
(1) (P) nhén duong thang x+4=0 lam dudng chuan.
(2) (P) c6 tiéu diém 1a F(2;0).
(3) (P) c6 duong chuéan la x=-3.
= Loi giai
Gia stt Parabol (P ) ¢ phuong trinh chinh tac y* =2px (véi p>0).
(1) (P) nhan dwong thing x+4=0 lam dudng chuén.
Puong chudn ctia parabol la x = —g .
Ma (P) c6 duong chuanla x+4=0< x=—4.
Do d6 —§:—4<:>p:8.
Vay phuong trinh chinh tdc ctia (P):y” =16x.
(2) (P) cé tiéu diém la F(2;0).
(P) c6 tiéu diém 14 F(g ;oj .
Ma (P) c6 tiéu diémla F(2;0).
Do dé §:2<:>p:4.
Vay phuong trinh chinh tic caa (P):y’ =8x.
(3) (P) c6 dudng chuan la x=-3.
Puong chuan ctia parabol 1a x = —g.
Ma (P) c6 duong chuan la x=-3.
Do dé —gz—3<:>p=6.

Vay phuong trinh chinh tac cia (P):y’ =12x.
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f Vidu3.2.

Mbt chiéc dén c6 mit cat ngang 1a hinh parabol nhue hinh bén. ' 4

» A
Hinh parabol c6 chiéu rong gitta hai mép vanh la AB=40cm /
va chiéu sau h=30cm (h bang khoang cach tir O dén AB). A

\

Béng dén nam ¢ tiéu diém S. Viét phuong trinh chinh tic ctia
\ )

Y ¥

-y

parabol do. O

s 4 L 4

= Loi giai

Yl
20

—20

G&n hinh parabol vao hé truc nhu dé bai, dua vao gia thiét bai toan ta c6 toa dd diém
A(30;20).

Parabol di qua diém A
Nén ta ¢6 phuong trinh 20° =2p-30 < p = ? .

Vay ta cé phuong trinh chinh tic ctia parabol d6 1a y* = 4(3)_x
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BA PUONG CONIC

(c 3l
Luyén tap

A. Céu héi — Trd 10i trdc nghiém

» Cau 1. Cip diém nao la cac tiéu diém ctia elip (E): x?2+y72 =1?
A. F,=(0;£1). B. F, =(£L0). C. F, =(£3;0). D. F,=(£2).
= Loi giai

Chon B
Taco: a* =50 =4=c" =a’-b" =1 =c=1 = F, =(£1,0).
» Cau 2. Cho Elip (E):4x° +9y° =36. Ménh dé nao sai trong cic ménh dé sau:

NG

fen © O ND . R
A. (E) cd ti so = B. (E) c6 truc lén bang 6.
C. (E) cO truc nho be‘ing 4. D. (E) cO tiéu cu \/g
= Loi giai
Chon D
2 2

L 4x7 1997 = LY
(E):4x*+9y =36 =l

Suy ra: a=3,b=2,c=\/§
Tiéu cy cua (E) la 20=2\/§.

2 2

» Cau 3. Cho elip %ﬂT = 1. Phét biéu nao sau day ding?

A. Ti s6 gitta truc 16n va truc nho bﬁng \/g . B. Tiéu cw béng 4.
C.Tam sai e :%. D. Hai tiéu diém F, (—2;0) va F, (2;0).
3
= Loi gidi
Chon A

L P =3=a=1/3
Tacé (E): X +¥Y 1=l =1=b=1
3 1
PP =2=c=2

» Cau 4. Trong cac phuong trinh sau, phuong trinh nao la phwrong trinh chinh tac cta elip

2 2 2 2 2 2
A 4x2+8y2=32.  B.4+¥ oy R A U § . A
11 64 16 g 4
5 2
= Loi giai
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Chon A
2 2
Vi 4x2+8y2 =32 @%ﬂ?:l.

2 2

Yy

» Cau 5. Tam sai caa Hyperbol z Ty 1 bang

A b B ¢ p.%,
5 J5 5 5
= Loi giai
Chon B
. , ¢’ =5+44=9=¢=3
Tacé: a”=5,b"=4 suyra
a= \/g, b=2
Tam sai ctia Hyperbol la e = €3
PR
oy .
» Cau 6. Duong Hyperbol 2_0_% =1 cé tiéu cu bang
A. 4. B. 2. C. 12. D. 6.
= Loi giai
Chon C
Ta c6: a> =20,b° =16 suy ra ¢ =20+16=36=c=6.
Khi d6 Hyperbol c6 tiéu cy la 2c=12.
2 2 .
» Cau 7. Choelip (E) : %+yj =1. Chon khang dinh sai
A.Diém A(3;0)<(E). B. (E) co tiéu cy bang 2+/5.
o AU ca s 35
C. Truc I6n cta (E) c6 do dai bang 6. D. (E) cd tam sai bang -
= Loi giai
Chon D
a2=9=a=3
) x2 2
Co(E):—+"—=1=b2=4=b=2
9 4
=2-pP=5=c=5
Khi d6 (E) c6 tam sai bang e _ =§.
a
» Cau 8. Trong cdc phuong trinh sau, phuong trinh nao la phrong trinh chinh tac cua elip
A. X -y’ =2. B. X’ +y*=2.
C. x*+2y*=2. D. x* =2y".
= Loi giai
Chon C
2 2
Vi+2y’=2 o+
2 1
2 x2 2
» Cau 9. Puong thang nao dudi day la dwong chuan cua Hyperbol 20 —ly—z =17
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A. x+8=0. B.x—Z:O. C.x+2=0. D. x+——=0.
= Loi giai
Chon D

2 2
Ta co: * Y
20

E=1 suy ra a:@:%/g;b:x/ﬁzk/g
=c=+b"+c’ =4\/E:>e=£:@

a

5v2

Khi d6 duong chuan ctia Hyperbol x +2-0ox iTz =0.
e

» Cau 10.Cho (E) c6 hai tiéu diém F, (—4;0), E (4;0) va diém M thudc (E) Biét chu vi tam giac

2

MFF, bang 18. Khi d6 tam sai ctia (E) bang

A'i' E-i C. —i D. _i
= Loi giai
Chon B
Taco FF,=8va c=4.
Coyrr, = MF,+ ME, + EF, =18= MF, + MF, =10=2a=a=5.
Tam sai cua elip: e=£=i,
a 5

» Cau 11.Phuong trinh chinh tac cua Elip 1a

Yy _ Yy o_
Ao a_2+b_2—_1. . a_z_b_z—l.
x2 y2 x2 y2
C.—++=1 (a>b>0). ——===-1
T ab ( ) a b
= Loi giai
Chon C
» Cau 12.Phuong trinh chinh tac cta elip c6 tiéu cy bang 6 va truc 16n bang 10.
2 2 2 2 2 2 2 2
A Y oy B. ~ +¥ 1. c X Y Q.x—+y—=
25 9 100 81 25 16 25 16
= Loi giai
Chon D
x2 2
Goi phuong trinh elip 1a —2+];—2:1.
a
Vi truc 16n bang 10 nén 2a=10=a=5.
Elip c6 tiéu cebang 6 nén 2c=6=>c=3=+a’ -0’ =3=>b=4.
x2 yZ
Vay phuong trinh Elip la: —+~—=1.
VP 8 P 25 16
oy .
» Cau 13.Duong Hyperbol ?—y? =1 co tiéu cy bang:
A. 1. B. 2. C. 3. D. 6.

= Loi giai
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Chon D
Tacd: a*=5vab’=4nén ¢ =a*+b*=9=¢c=3.
Vay tiéu cue la: 2c=6

2 2

» Cau 14.Duong Hyperbol f—6—y7 =1 ¢6 tiéu cu bang
A 6. B. 24/33. C.3. D. 9.
= Loi giai
Chon B

2P a’=16
Tacé = -L =1 suyra =c’=a’+b* =23.
16 7 b =7

Tiéu cyla 2c = 2\/2>3.
» Cau 15.Viét phuong trinh chinh tic cua Parabol di qua diém A(1;2).
A. y’ =4x. B. y’ =2x. C. y=2x". D. y=x"+2x-1.
= Loi giai
Chon A
Phuong trinh chinh téc ctia parabol (P) 1y’ =2px
A(1;2)e(P) =2p=4
Vay phuong trinh (P):y* = 4x.
» Cau 16.Viét phrong trinh chinh tic ctia Parabol biét dwong chudn c6 phuong trinh x+1=0.

A. vy =2x. B. y’ =4x. C.y=4x>. D. y* =8x.
= Loi giai

Chon B

Phuong trinh chinh tac ctia parabol (P) 1y’ =2px

Puong chuan x+1=0 suyragzl =2p=4 =y’ =4x.

Vay y* =4x.
» Cau 17.Tim phwong trinh chinh tic ctia Hypebol (H) biét n6 c6 truc thyc dai gap doi truc 4o va

co tiéu cyr bang 10.
2 2 2 2 2 2 2 2

LY Y g c.X_¥ . p.X_Y¥ 1.
16 4 20 5 16 9 20 10
= Loi giai
Chon B

2 2
Xét hyperbol (H) c6 phuong trinh chinh tic la x_z_y_ =1(a>0,b>0).
a

b2

Theo gia thiét, ta cd

a=2  [a=2b a=2b a=20  [a=25
= = = = .
20=10 TR sp* =5 |b=5  |p=+
vyl

Vay phuong trinh (H) 1a X —Y —1.
1y phons (H)1a 55—
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2 2

» Cau 18.Duong Hyperbol %_% =1 c6 mot tiéu diém la diém nao duwdi day?

A. (=50). B. (0:+/7). c. (V7;0). D. (0;5).
= Loi giai
Chon A

2 2

a’ =16
Tacé%—%zlsuyra{2 =S =a+b =25 c=5.

Tiéu diém F (-5;0),F,(5;0).
2 2

» Cau 19.Cho diém M nam trén Hyperbol (H): ic_6 —Z—O =1.Néu diém M c6 hoanh d6 bang 12 thi
khoang cach ttr M dén céc tiéu diém la bao nhiéu?
A.8. B. 10;6. C. 444/7. D. 14;22.
= Loi giai
Chon D
Tacd a> =16, =20=c* =a*+b* =36
Vay a:4;b:2\/§,c:6
Tiéu diém F (-6;0);F, (6;0)

6

4+—.12‘:22;MF2 =la-£
4

a——X
a

c
at+—Xx

M c6 hoanh d6 x =12 khi d6 MF, =
a

= ‘4—2.12‘ =14
4
» Cau 20.Phuong trinh caa Elip (E) c6 d6 dai truc 16n bang 8, dd dai truc nhé bang 6 1a:

2 2 2 2

A. 92’ +16y>=144. B.9x’+16y°=1. C. +ZL =1, D. 2 +¥ 1.
9 16 64 36
= Loi giai
Chon A

a2

Do daitruclénla: AA, =2a=8=a=4
Do dai trucnhola: BB, =2b=6=0b0=3

Goi (E): 5 4L =1(a>0)

2 2
Vay phuong trinh Elip la: (E):f—6+%:1®9x2 1163 =144

» Cau 21.Cho (E ) c6 hinh chit nhat co s dién tich bang 8, chu vi bang 6 thi phrong trinh chinh

tac la:

2 2 2 2
A.x—+y—:1. E.x—+y—:1.
2 1 4 1
2 2 2 2
ci+¥on D.2.Y 1
4 2 16 4

= Loi giai
Chon B

. |2a-2b=8 a=2 _ ) Xy
Ta co: = _1.VayPTCTcua(E)la:T+T:1.
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» Cau 22.Viét phurong trinh chinh tac ctia Parabol di qua diém A(S ; 2) :

2 _ X

A.y=x"-3x-12. B.y=x"-27. C.y 5 D. y*=5x-21.

= Loi giai
Chon C
Phuong trinh chinh téc ctia parabol (P) 1y’ =2px
4

A(5;2 P) =2p=—

(52)=() = 2p =1
Vay phuong trinh (P):y* = %x :

» Cau 23.Phuong trinh chinh tic cia (E ) o do dai truc Ion b::fmg 6, ti sO gitra tiéu cy va d6 dai truc

16n bing % Ia

A.x—2+y—2:1. E.x—2+y—2:1. C.x—2+y—2:1. D.x—2+y—2:1.
9 3 9 8 19 5 6 5
= Loi giai
Chon B
* Do d0 dai truc Ic’mbéng6nén 20=6 =>a=3.
* Do ty s6 gitta tiéu cu va do dai truc 1én bang 1 nén i—;=%=l:>u=3c =c=1.

x2 2
*Tacod: V¥ =a>-c*=9-1=8 :>(E):3+y?:l.

» Cau 24.Elip co hai dinh (—3;0); (3;0) va hai tiéu diém (—1;0) va (1;0) c6 phuong trinh chinh tic

la
2 2 2 2 2 2 2 2
A.x—+y—:1. E.x—+y—:1. C.x—+y—:1. D.x—+y—:l.
8 9 9 8 9 4 9 2
= Loi giai
Chon B

A N\ . 14 a
Theodebaltaco{ 1:>b2=a2—c2=8.
c:
2 2

Vay phuong trinh chinh tac cta Elip da cho 1a % +y? =1

» Cau 25.Phuong trinh chinh tac ctia (E) c6 d6 dai truc 16n gdp 2 lan do dai truc nho va tiéu cu

béng 4\/§ la

2 2 2 2 2 2 2 2
A Y g B. 2 +Y 1. c iy D.X ¥ 1.
36 9 36 24 24 6 16
= Loi giai
Chon D

* Do d¢ dai truc 16n gap 2 Ian d¢ dai truc nhé nén 2a=2.2b = a=2b.
* Do tiéu cu bang 43 nén 2c=43 = c=243.

2 2

*Tach: b2 =a®—c* < b =4b* —12 :>b=2:>a:4:(E):iC—6+yT=1,
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2
» Cau 26.Cho diém M nim trén Hyperbol (H ): %—%:1. Néu hoanh do diém M bf?mg 8 thi
khoang cach tir M dén cac tiéu diém ctia ( H)1a bao nhiéu?
A. 6 va 14. B. 5 va 13. C. 8+4/5. D. 8+442.
= Loi giai
Chon A
Tacd a*>=16;b>=9=c* =a>+b* =25
Vay a=4;b=3,c=5
Tiéu diém F (-5;0); F,(5;0)

4+§.8 a-Sx
4

a

M c6 hoanh d x =8 khi d6 MF, =|a+-x =14; MF, =
a

= ‘4 2 .8‘ =6
4
» Cau 27.Tim phuong trinh chinh tac ctia Hypebol (H ) biét n6 c6 mot duong tiém canla x—2y =0

va hinh chi nhat co sé ctia né c6 dién tich bang 24.
2 2 2 2 2 2 2 2

A Yy B.2 Y _y. c* Y _q p.* Y _
12 3 3 12 48 12 12 48
= Loi giai
Chon A
2 2
Xét hyperbol (H) c6 phuong trinh chinh tac 1a x—z—Z—2=1(a>0,b>0).
a

x b 1
Tiémcan x-2y=0y=—=>—=— (1).
m c3 y y=5=-—=7 (1)

Dién tich hinh chit nhét co s6 bang 24 < 22.2b =24 < ab=6 (2).
2b 2 2y
Tw (1) va (2) suy ra = #=23 (H) x——y—:l.
—6" b=-3 3
» Cau 28.Tim phuong trinh chinh tac ctia Hypebol (H ) biét né di qua diém la (5 ; 4) va mot duong

tiém can cé phuwong trinh [a x+y =0.

2 2

A.%—%:l. B. x>y’ =9. C. -y’ =1. D. ¥ —y>=3.
= Loi giai
Chon B
2 2
Xét hyperbol (H ) c6 phuong trinh chinh tac 1a x—z—Z—2=1 (a >0,b> O).
a

Puong tiém can x+y:0<:>y:—x:>9:1<:>a:b (1)

a
: . 25 16
Hyperbol di qua diém (5; 4) = 2T =1 (2)

Ta c6 hé phwong trinh

a=b 123 R
! T =(H): =L =leoxt -y =
25 16 {b:3 (H): 5= y

it |

at b
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2 2
» Cau 29.Cho Elip (E): f—6+% =1.Véi M la diém bat ki nam trén (E), khéng dinh nao sau day

la khang dinh dtng?

A. 4<OM<5. B. OM >5. C. OM <3. D. 3<OM <4.
= Loi giai

Chon D

2

2
\ x y
Te(E): —+<*—=1,suyraa=4,b=3.
(B 165 d

V6i mot diém bat ki trén (E), taludbn co b<OM <a=3<0OM <4.

» Cau 30.Elip di qua diém M (1; —g} va c6 tiéu cu bang 24/3 thi ¢6 phuong trinh chinh tac la:

2 2 2 2 2 2 2 2
ALYy B. XY o c Xy D. L+ ¥ o1
4 3 4 1 3 1 4 1
4
ws. Loi gidi
Chon B
e , X2 y?
Gia st (E) c6 PTCT la: —+<==1 (a>b>0).
az  b?
M 1;—£ e(E) L+i:1 =4 52 2
Ta c6: 2 LS VéyPTCTcﬁa(E)lé::r+2%:1
2 12 =
2c:2\/§ a —-b- =3
2 2
» Cau 31.Duong thang nao dudi day 1a duong chudn cua Hyperbol % —1y—5 =17
A. x+4/5=0. B. x+4=0. (Lx—figizo. D. x+2=0.
= Loi giai
Chon C

2 2
Ta co: ;C_O_ly_SZI suy ra a:Z\/g;b:\/E:w:\/g:e:g

435
7

25
2310
5
» Cau 32. Hyperbol (H ) c6 2 dudng tiém can vudng goc nhau thi cé tam sai bang bao nhiéu?
A.2. B. 3. Cﬁg. D. V2.

= Loi giai

Khi 6 duwong chuan ctia Hyperbol x + =0.

Khi d6 dwong chuan cua Hyperbol x +

Chon D
2 2
Xét hyperbol (H ) 6 phuong trinh chinh téc 1a z—z—Z—Z =1 (a >0,b> O) .
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Hai duong tiém can cua (H ) c6 phuong trinh la y = éx vay= —Ex .
a a

Do hai duong tiém can vudng goéc voi nhau nén ta co

2
9.(—9):—1<:>b—2:1<:>a2:b2=1:>c2=2:>c:\/5.

a\ a a
Vay tam sai cta (H) la e:gzgzﬁ_
a
2

2
» Cau 33.Cho elip (E)c6 phwong trinh f—6 +% =1.Cacdiém M, N lan luot di dong trén tia Ox va

tia Oy sao cho MN ludn tiép xtc voi (E) Toa do diém M d€ doan MN ngén nhat la

A. M(5;0). B. M(-5;0). C. M(0;5). D. M(V5;0).
= Loi gidi
Chon A
Goi M(m;O), N(O;n) voi m,n>0.
Phuong trinh duong thang MN : %+%=1<:>nx+my:mn
x2+y_2_

MN ludn tiép xtic v6i (E) <416 9 =l w6 nghiém duy nhat.
nx +my = mn
Tir d6 suy ra 16n” +9m* =m’n’® (1)
Matkhac MN =+vm’ +n* .Tacé MN bénhat < AOMN cantai O ©OM=0ON @ m=n
Khi d6 (1) < 16m° +9m* =m* < m =5

Vay minMN =+/5*+5% =52 khi M(5;0).
2

2
» Cau 34.ChoElip (E):——+-_ =1 vadiém M nim trén(E). Néu diém M c6 hoanh d bing —13

169 144
thi cac khoang cach tiv M tdi 2 tiéu di€ém caa (E )béng:
A. 8 18. B. 13+4/5. C. 10;16. D. 13+4/10 .
= Loi giai
Chon A

Tacoa=13,b=12=c=5
Vay ME =a+<x, =8 ME, =a-"x,, =18
a a

» Cau 35.Cho (E) c6 hai tiéu diém F,(—V/7;0), F,(V7;0) va diém M(—\ﬁ ;%j thudc (E). Goi N 1a
diém d6i xiing véi M qua goc toa do O. Khi do

9 9 7

A.NE+MF,=—.  B.NR+MF=_. C. NE-NF=_  D.NF+MF,=8.

= Loi giai
Chon B
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N déi xting véi M qua goc toa d6 O nén N(xﬁ;—%).
Ta co: MF, = ;MF2=T;NFl=—;NF2=%.

2
4
. 9
Do do NF, + MF, =7
2 2

» Cau 36.Trong mit phang véi hé truc toa d6 Oxy cho duwong elip (E): Eer?:l va hai diém

M(—S;—l),N(—l;l). biém K thay d6i trén elip (E). Dién tich tam gidc MNK 16n nhat

bang
A. 95 B.% C.9. D. 18.

Chon C

+Taco
.MN =(4;2)= MN =245

.MN:x—2y+3=O hay MN:y:%x-p%

l.MN.d(K, MN)
2

. SAKMN =

x =2y +3
=%.2\E. 0 <Y, _

J5
= S,y 160 nhat khi d(K, MN) 16n nhat.
+ Nhan thdy (E) c6 hai tiép tuyén song song vdi MN, goi A, B 1a hai tiép diém twong
tng. Khi d6 d(K, MN ) 16n nhat khi K=B.

x, =2y, +3| véi K(x,;y,)

, N . S 5
+Ma tiép tuyén tai K(xo;yo) c6 phrong trinh la: %j&%}/:l hay y =— a x+i.

oy, v,
=Sx, 1 5
Y Yo=73%
+Tedétaco] Y ? o 8 :K(§}_§]:>SAKNIN=9
2 2 8 3
_U+y_0:1 xo =+—
16 5 3

» Cau 37.Khi bay véi van tdc siéu thanh (t6c d6 chuyén ddng 16n hon tdc do &m thanh trong cuing
moi treong), mot may bay tao ra mot vung nhiéu dong trén mat dat doc theo mot nhanh
cua hypebol (H ) (Hinh bén dudi). Phan nghe rd nhat tiéng 6n cua vung ndi trén duoc goi

1a thdm nhiéu dong. Bé rong cua tham nay gap khoang 5 [an cao do ctia mdy bay. Biét bé
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rong cta tham nhidu dong dugce do cach phia sau may bay mot khoang 1a 40 mile (mile
2 2

dam) la don vi do khoang cach, 1 mile = 1,6 km ) va (H) c6 phuwong trinh: X Y .
(dam) g phuong

400 100
Cao do cia may bay la

Bé rong cia * -
tham nhifu dang *

il
— 40 —'_'130 X
-

r
Fa

B
-

-

A. 15\/5 mile. B. 10\/§mile. C. 20\/§mile. D. 4\/§mile.
= Loi giai
Chon D
2P 2 =103
Khi x=40 thi 20V 1Y 3.2 _300=| Y V3
400 100 100 y=—10\3

= Bé rong cta tham nhiéu la 2043 (mile)

.=.Cao d0 ctia may bay la 205\/5 =43 (mile)

» Cau 38.Khuic cua cia mot con duong cé dang hinh parabol (P) , diém dau vao cua khticcuala A

va diém cudi la B, khoang cach AB=320m. Dinh ctia khtic cua cach duong thang AB
mot khoang 20m va cach déu A, B (hinh bén). Biét r:?mg 1 don vi trén mat ph.’fmg toa d0
teong tng véi 1m trén thuc t&. Phuong trinh chinh tac ctia parabol (P) do la

B

400 m

20 m

S

A
A. y’ =640x. B. y* =320x C. x* =1280y. D. y* =1280x.
= Loi giai
Chon D
Ta c6 B(20;160). Suy ra 160° =2p.20 = p = 640.
Phuong trinh chinh tac ctia parabol 1a 3 = 2.640x =1280x
» Cau 39. Mot sao choi di qua hé Mdt Troi theo quy dao 1a mot nhanh hypebol nhan tam Mat Troi
1a mot tiéu diém, khoang cach gan nhat tir sao chéi nay dén tam Mt Troi 1a 3.10° km va
tam sai ctia quy dao hypebol Ia 3,6.
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Sao choi

Mat Troi

Hay lap phueong trinh chinh tic ctia hypebol chita qui dao, véi 1 don vi do trén mét

phang toa do tmg véi 10° km trén thuc t&.

A Y Vg XY ., o XV | pX YV,
60,84 55,8 6,4 5,8 55,88 60,84 58 6,4
= Loi giai
Chon A
Chon hé truc toa d¢ sao cho tdam Mdt Troi trung vdi tiéu diém F, cta hypebol.
2 2
Goi phuong trinh chinh tac ctia hypebol 1a z—z—Z—z = l(a >0,b> O) :

Theo dé bai, ta co:
Khoéang cdch gan nhat tir sao chdi nay dén tam M4t Troi la 3.10°km = c—a =3

Tam sai cua quy dao hypebol la 3,6

:>5=3,6:>”3L3=3,6:>a=7,8:>a2 — 60,84
a
—=108=b =c’—a’ =10,8" 7,8 =558
x2 y2

Vay phuong trinh chinh tic ctia hypebol da cho 1a =1.
P & YP 60,84 55,8

» Cau 40.Bon tram phat tin hiéu v tuyén co vi tri A, B, C, D theo tht tw d6 théng hang va cach déu
véi khoang cach 200 km. Tai mot thoi diém, bon tram cung phat tin hiéu véi van tdc 292000
km/s. Mot tau thuty nhan dwoc tin hiéu ttt tram C triede 0,0005s so véi tin hiéu tir tram B
va nhan duoc tin hiéu tir tram D sém 0,001s so vdi tin hiéu tir tram A. Chon hé truc toa
do Oxy nhu trong hinh bén dudi (1 don vi trén mat phéng toa do tng vdi 100 km trén
thuc t&). Téng khoang cach tir tau dén cac tram B va tram C bang bao nhiéu (dap s6 duoc
lam tron dén hang don vi, tinh theo don vi km) bang cach lap phuwong trinh chinh tac ctia
hai hypebol di qua vi tri M cua tau?

“ rﬁéﬂ'
,,l
E i Y
’/’//; \
- ' ! Y
g ” »
. L f \
,/ /’ i \
’-*' // O l' % X
A(-3; 0) B(-1:0) | c(1:0) D(3: 0)

A. 150. B. 255. C. 452. D. 18.
= Loi gidi
Chon C
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Goi van toc phat tin hiéu la v (theo dé bai v = 292000 km/s);

t,, t,, to, t, lan luot 1a thoi gian d€ tau nhan dwoc tin hiéu tir cac tram A, B, C, D;
M la vi tri ctia tau thuy.

Hiéu cac khoang cach tir tau dén cac tram B, C la:

MB-MC =ovt, —vt, =v(t, —t. ) =292000.0,0005 =146 (km).

Hiéu cac khoang cach tir tau dén cac tram A, D la:
MA-MD=uvt,-vt, =v(t,—t,)=292000.0,001=292(km).

Goi phuong trinh chinh tac ctia hypebol (Hl) nhén B, C lam tiéu diém
x2 yZ
E—bl—z = l(al > O’bl > O) .

Vi MB—MC =146 nén 2a, =146 =>a, =73 == 5329.
Ta thdy B(—IOO; O) va C (100; 0) la hai tiéu diém cua hypebol nén ¢, =100
=b’=c’—a’=100"-73" =4671.

2 2

X Yy

=1.
5329 4671
Goi phuong trinh chinh tac ctia hypebol (H 2) nhan A, D lam tiéu diém la:

Vay phuong trinh chinh tic cta hypebol (H 1) la

x2 y2

E_EZI(QZ >O,b2 >O)

Vi MA — MD = 29,2 nén 2a,=292=>a,=146 =4, = 21316.

Ta thdy A(—300; 0); D(300;0) la hai tiéu di€ém cua hypebol nén c, =300

=b,’=c,"—a," =300 -146" = 68684.

2 2

Xy 1
21316 68684

Vay phuong trinh chinh tic cta hypebol (H 5 ) la

Goi toa d6 cia M la (x;y).

<y 1 2 341125277
B - - x~165
x* v y = 240617223 |y ~139
21316 68684 12500

(vitheo hinh vé x,y>0)

MB= \/[165 ~(~100)] +(139-0)" =299 (km);

MC = \/(165—100)2 +(139-0)" ~153(km).

Khi d6 tdng khoang céch tlr tau dén cac tram B va tram C bang: ~ 299 +153 ~ 452
B. Cau hoi — Tra loi diing/sai
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2
» Cau 41.Cho elip (E) c6 dang x_2+y =1 (a>b>0), di qua diém A(Z;O) va c6 mot tiéu diém
a

b

F,(v2;0). Kni dé:

Ménh deé Pung | Sai
(a) Tiéu cw cua ehp (E) béng \/5
(b) | a=2
(© | a>-b>=2

(d) | Diém B(O;\/E) thudc elip (E)

w Loi gidi
(a) Tiéu cu cuaelip (E) bing J2
Elip (E) 6 tiéu diém F, (v2;0)=c=V2 =Tieucy =22

» Chon SAL
b) a=2
22 0
Cé Ae(E)<:>—2+—2:1<:>a2:4:>a:2.
a b
» Chon DUNG.
(c) a>-b*=2

a’ =4
Tl‘l’{ =a’-b*=2
b* =

» Chon DUNG.
(@) Diéin B(0;+/2) thuge elip (E)

2 2
LA

Vay elip (E): 25

. (v2)

Thay toa do B(O;xﬁ) vao (E):%Jr

=1,do d6 B(0;+2) thuée (E)
» Chon PUNG.

2 2
» Cau 42.Cho hypebol (H)cé dang: x—z—*Z—Z:l (a,b>0), di qua diém A(\/E;O) va c6 mot tiéu
a

diém F (-2;0). Khi do:
Ménh dé Dlng | Sai

(a) | Tiéu cu bang 2

(b) | a=+3

(| v*=2

(d) | biém B(O;l) thudc hypebol (H )

= Loi giai
(a) Tiéu cy bing 2
Hypebol (H) co tiéu diém F, (—2;0) =c=2 =>Tiéucy =4
» Chon SAL

» TOAN TU TAM Trang 14
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) a=+3
B)
C6 Ae(H)<:>( 2) —2—2=1<:>u2=3:>a=\/§.
a
» Chon DUNG.
(c) b* =2
Ma c=+a*+b* = 2=3+b* = b’ =1.
» Chon SAL

(d) Diém B(O;l) thudc hypebol (H)
2

Vay hypebol (H):x?—y2 =1.

2

Thay toa dg B(0;1) vao (H): 2-~1* =~1#1, do d6 B(0;1) khong thube (H)
» Chon SAL
» Cau 43.Cho elip (E): %*%2 =1. Khi dé:

Ménh dé Dlng | Sai

(a) | Diém A(4;0) thugc elip (E)

(b) | Tiéu cy elip (E) bing 7

(o) | Elip (E) 6 tiéu diém F,(-217;0), F,(2V7;0)

Cho M la diém thudc (E) thoa man MF, +2MF, =11. Khi d6
2MF, + ME, =13.

(d)

(a) Diéin A(4;0) thugc elip (E)
biém A(4;0) thudc elip (E)
» Chon DUNG.
(b) Tiéu cw elip (E) bing J7
Tacd: > =a’—b*=16-9=7.Suy ra c=~/7 .
Elip (E ) co tiéu cu 2c = 2\/7
» Chon SAL
(©) Elip (E) 6 tiéu diéin F,(-27;0), F,(247;0)
Elip (E) c6 tiéu diém F, (—7;0); F (V7;0)
» Chon SAL
(d) Cho M la diéin thugc (E) thod man MF, +2MF, =11. Khi d6 2MF, + MF, =13
Ta co: MF, + MF, =2a=2-4=8.
Suy ra 3MF, +3MTF, =24 hay (2MF, + MF, )+(MF, +2MF, ) =24.
Vi MF, +2MF, =11 nén 2MF, + MF, =24-11=13.
» Chon DUNG.
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» Cau 44. Trudc mot toa nha, nguoi ta lam mot cai ho boi cd dang hinh elip véi d6 dai hai ban truc
lan lwgt 1a 3m va 5m. Xét hé truc toa do Oxy (don vi trén cac truc la mét) cé hai truc toa

d6 chira hai truc cta elip, gdc toa d6 O la tam cua elip (hinh)

Khi dé:
Ménh dé Dung | Sai
2 2

(a) | Phwong trinh chinh tc ctia dwong elip la: ;—5 + % =1.

Xét cac diem M, N cung thudc truc 16n cua elip va déu cach O mét
(b) | khodng bang 4m vé hai phia ctia O . Téng khoang cach tir moi diém
trén duong elip dén M va N ludn bang 10m

Mot nguoi ding o vi tri P cach O mot khoang b:?mg 6m. Nguwoi do

© ding & trong ho
Xét vi tri C trén mép hd cach truc 16n mot khoang bang 2m. Khi d6
(d) vitri C cach truc nho mot khoang béng gm
= Loi giai
2 2

(a) Phuwrong trinh chinh tdc ciia dwong elip la: ;—5+% =1.

. e . Xy oy
Phuong trinh chinh tac ctia duong elip la: 5—2+3—2 =l 55 +? =1.
» Chon DUNG.
(b) Xét cic diéim M,N ciing thudc truc I6n cia elip va déu cich O mot khodng bang 4m vé hai phia ciia
O. Téng khodng cdch tir moi diém trén duong elip dén M va N Iudn bang 10m
Tacd: a=5b=3nén ¢’ =a’-b>=25-9=16,suyra c=4.
Céc tiéu diém ctia elip c6 toa d 1a (—4;0) va (4;0).
Vay M va N chinh la cac tiéu diém cua elip.
Vi vay, tong khoang cach tir moi diém trén duong elip d&n M va N ludn bang
2a=10m khong doi.
» Chon DUNG.
(c) Mot nguoi dieng 6 vi tri P cich O mot khodng bang 6m. Nguoi dé dirng 6 trong ho
Goi giao diém ctia duong thang OP vaelipla Q.
Vi d6 dai ban truclénla 5m nén OQ<5.Suyra OQ<OP=6m.
Vay vi tri P & ngoai ho.
» Chon SAIL
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L

(d) Xét vi tri C trén mép hd cdch truc 16n mot khodng bang 2m. Khi dé vi tri C cdch truc nhdé mot khodng

s 5
bang —m
&3
2 v (2 55
22 , |—+==1 —+—=1 ‘x‘:_
Giasw C(x,;y,).-Taco: 425 9 =425 9 =<0 3
wl=2 lwl=2 {wl=2
Vay C cach truc nhé mot khoang bang %m .
» Chon SAL
» Cau 45.Cho parabol (P) c6 phuong trinh y* =12x . Khi dé:
Ménh dé bung | Sai

(a) (P) co tiéu diém F(3; 0) , duwong chuan x =-3

) | Mot diém nam trén (P) c6 hoanh d6 x =2. Khoang cach tir diém d6
dén tiéu diém bang 4
Do dai day cung vudng goc véi truc ddi xiing tai tieu diém F bang

(c)
12
) Qua I (2;0) vé mot duong thang thay d6i cat (P) tai hai diém A va
B.Khi d6 tich s6 khoang cach tir A va B t6i truc Ox bang 12.
= Loi giai
(a) (P) cd tiéu diéim F(3;0), dwong chudn x=-3.
Ta co: p:6:>E:§:3.
2 2
Vay (P) c6 tiéu diém F(3;0), dudng chudn x=-3.
» Chon DUNG.

(b) Mot diéin nim trén (P) cd hoanh d§ x =2. Khodng cich tir diéin d6 dén tiéu diéin bang 4
Goi M 1a diém trén (P) 6 hoanh d x=2= MF =x,, +/ =2+3=5
» Chon SAL

(c) D¢ dai ddy cung vudng goc véi truc doi xirng tai tiéu diéin F bang 12
Duong thang di qua F (3 ; 0) va vudng goc vai truc doi xing c6 dang: x =3 (d) .

, . . A . A |X=3 =3
Toa do giao diém cua (P) va (d) la nghiém ctia hé xz IS *
y =12x y=16

Vay (d) cit (P) tai M(3;-6),N(3;6)= MN =\/(3—3)2 +(6+6) =12.
» Chon DUNG.
(d) Qua I(Z;O) vé mot dwong thing thay doi cit (P) tai hai diém A va B. Khi d6 tich s6'khodng cdch ti

A va B t6i truc Ox bang 12.
Phuong trinh duong thang di qua I (2,' O) co dang:

A(x=2)+B(y—-0)=0(A*+B’ #0) < Ax+By-24=0(d)
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Ax+By-2A=0 (1)

Toa d6 giao diém cta (P) va (d) la nghiém ctia h¢ {yz 1oy (2) (*)
_¥
(2) ©x= 12

2
Thé vao (1) ta duoc Aly—2+By—2A —0< Ay’ +12By-24A=0

Do A’'=36B’+24A% >0,VA’ + B> # 0 nén phuong trinh ludn c6 2 nghiém phan biét.
Goi y, va y, langhiém cta phuong trinh trén nén d(A; Ox)-d(B; Ox) = ‘yA -yB‘ =24
(khong doi).
» Chon SAIL
» Cau 46.Trong mat phang Oxy, cho parabol (P) :y* =8x . Khi dé:
Ménh dé Pung | Sai

(a) | Tiéu diém F(2;0)

(b) | C62 diém M trén (P), cach F mét khoang 1a 3
(c) | Piém M trén (P) sao cho S

=8, c6 hoanh d9 bang 6

AOMF

Ton tai mot diém A nam trén parabol va mot diém B nam trén

(d) duong thang A:4x-3y+5=0 sao cho doan AB ngan nhat, khi d6

ABngén nhat bang %
= Loi giai
(a) Tiéu diéin F(2;0)
Gia sa M(x,;y,,)(P) suyra y;, =8x,,.

Tt phuwong trinh P) c6 p=4 nén F(2;0).

)
(

Taco FM =x,, +§ suy ra x,, =1, thay vao y;, =8x,, =y, =+2\2

» Chon DUNG.

(b) C6 2 diéin M trén (P), cich F mdt khodng la 3.
Vay c6 hai diém théa man la M, (l; 2«/5);M2 (1; —2\/5) )
» Chon DPUNG.

(c) bBiim M trén (P) sao cho S =8, c6 hoanh dj bang 6

AOMF
2

Ta c6 Me(P):M(%;a] v6i 220,

S :8<:>lOF.d(M;OF):8<:>a=8.
2

AOMF
Vay diém can tim 1a M(8;8).
» Chon SAL

(d) Ton tai mot diém A nam trén parabol va mot diéim B nam trén dwong thang A :4x—-3y+5=0 sao

; W 1 s P |
cho doan AB ngan nhat, khi do ABngan nhat bang 3
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Vé6imoi diém Ae(P);BeA taludn cé AB2d(A;A).
2

Ae(P):A(a—;uj v6i 220,
8

2

4.7 _3.045

2
(a—3) +12L'
10 10

Khi d6 d(A;A)=
Suy ra AB nho nhat khi va chi khi A[% ;3j va B la hinh chiéu cua A lén A.
Puong thang di qua A vudng goc v6i A nhan i = (3 ; 4) lam vecto phép tuyén nén c6

phuong trinh 1a 3(x—§j+4(y—3)=0 hay 24x+32y-123=0.

209
4x-3y+5=0 =200
Do d6 toa d diém B la nghiém ctiahé |~~~ o) 200
24x+32y-123=0" | 153
50

Vay A(g ; 3), B(@ ,Ej thoa man yéu cau bai toan.
8 200" 50
» Chon SAL
» Cau 47.Quy dao cua sao hoa la elip cd ban truclon 227,9 triéu km, ban truc nhé b::fmg 226,9 triéu
km va quay quanh mat troi mot vong hét 687 ngay. Cac s6 lidu trong cac khang dinh
dudi day dugc lam tron tdi 5 chit s6 thap phan. Khi do:
M¢énh dé Pung | Sai

(a) | Tam sai cua elip 1a 0,09358.

(b) | Tiéu cu ctia elip bang 21,32604.

(c) | Khoang cach xa nhat gitra sao hoa va mit troi bang 249,22604.

(d) | Khoang cach gan nhat gitra sao hda va mit troi bang 206,57396.
= Loi giai

Tacd a=227,9; b=226,9 =c=+a*-b* z21,32604:>e:£z0,09358
a

(a) Tam sai cua elip la 0,09358.
Tam sai ctia elip 1a e =< ~0,09358.
a

» Chon DUNG.
(b) Tiéu cw ctia elip bing 21,32604.
Tiéu cu cua elip bang 2c = 2.21,32604 = 42.65208 .
» Chon SAIL
(c) Khodng cdch xa nhét giira sao héa va mét troi bang 249,22604.
Khoang cach xa nhat gitta sao hoa va mat troi bang 1a a+c = 249,22604 .
» Chon DUNG.
(d) Khodng cich gin nhét gitra sao hda va mét troi bang 206,57396.
Khoang cach gan nhat giita sao hda va mit troi bang a—c ~ 206,57396.
» Chon DUNG.
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» Cau 48.Goi phurrong trinh chinh tac ctia parabol c6 dang (P ) :y® =4x. Khi d6:
Ménh dé Pung | Sai
(a) | Diém A(l;yA) thuodc (P) thi y, =2 hodc y, =-2.

(b) | Di€m M thudc (P) va MF =3 thi hoanh do ctia M la %.

Mot duong thang di qua tiéu diém F cta (P) cat (P) tai 2 diém A
va B.Néu A(l; —2) thi toa d6 ctia B(1;2).
M6t diém A thudc (P) . Néu khoang cach tr A dén duong chuan

bang 5 thi khoang cach tir A dén truc hoanh bang 4.
= Loi giai
(a) Diein A(L;y,) thugc (P)thi y, =2 hodc y, =—2.
Phuong trinh chinh tac ctia parabol (P ) ry’ =4x

(c)

(d)

A(l;yA) =y, =2hodcy, =-2.
»Ch()nDUNG

(b) Digim M thuéc (P) vi MF =3 thi hoanh d ciia M I %

Me (P) Yt =4 M(mZ;Zm), tieu diém F(I;O)

2
=2
Tacé: MF*=(m* ~1) +(2m) =9 & m* +2m* -8=0e|"
m =-4
Vay hoanh d¢ diém M 1la 2.
» Chon SAIL
(c) Mgt dwong thing di qua tiéu diém F cua (P) cit (P) tai 2 diém A va B. Néu A(l;—2) thi toa do ctia

B(1;2).
(P) 6 tiéu diém F(1;0)
Duong thang AF:x=1
Duong thang AF cat parabol tai B(l;2) .
» Chon DPUNG
(d) Mt diém A thugc (P). Néu khodng cich tiv A dén duong chudn bang 5 thi khodng cich tir A dén
truc hoanh bang 4.
Tacod: Ae (P) = A(m2;2m), duong chudn A:x=-1
Khoang cach tir A dén dudng chuan d(A,A)= ‘mz +1‘ =m’+1=5=>m’ =4
Vay khoang cach tir A dén truc hoanh bang ‘2m‘ =4 .
» Chon DUNG
» Cau 49. Mot sao choi A chuyén dong theo quy dao c6 dang mot parabol (P) nhan tam Mat Troi
la tiéu diém. Cho biét khoang cach ngan nhat gitta sao chdi A va tam Mt Troi 1a khoang
112km.
Chon hé truc toa d6 sao cho gdc toa d¢ O trung vdi dinh cta parabol, tam Mat Troi trung
voi tiéu diém cua parabol, don vi trén cac truc la kilomét.

» TOAN TU TAM Trang 20



Chuwong 09
PHUONG PHAP TOA DO TRONG MAT PHANG

Khi do:
Ménh dé Pung | Sai

(a) | Toa d0 tiéu diém la F(224;0).

(b) | Phuong trinh dudng chuén cua (P) la x =-224.

(¢) | Phuong trinh chinh tic ctia parabol (P) la y=448x.

Khoang cach gitta sao chdi A va tim Mt Troi khi sao chdi nam trén
(d) | duong thang di qua tiéu diém va vudng géc véi truc d6i xtimg ctia
(P) 1a 224km .

= Loi giai
(a) Toa d§ tiéu diéin la F(224;0)
Goi phuong trinh chinh tic ctia (P) la y* = 2px(p > O).

Goi F latiéu diém cﬁa(P) , (x;y) la toa d0 ctia sao chOi A.

Khi d6 khoang cach gitra sao choi A va tam Mat Troila AF=x+5L>

N3
(S aS

(vi x>0)
= khoang cach ngan nhat gifta sao chdi A va tim Mt Troi la E (km)
:>§=112:>p=224.

Khi d6: toa d0 tiéu diém 1 F(g ,-oj hay F(112;0)

» Chon SAIL

(b) Phuong trinh dwong chudn cia (P) la x =-224.

Phuong trinh dwong chuan cua (P) la x= —g =-112

» Chon SAL
(c) Phuong trinh chinh tic ciia parabol (P) la y = 448x.

Phuong trinh chinh tic ctia (P) lay® = 448x

» Chon DUNG.
(d) Khodng cdch giita sao chéi A va tam Mdt Troi khi sao chot nam trén dwong thang di qua tiéu diéin va
vudng goc voi truc doi xitng cua (P) la 224km .

Khi sao chdi nam trén duong thang di qua tiéu diém va vudng goc véi truc ddi xting ctia

(P) thi sao chdi c6 hoanh d 1a x =

Khoang cach gitra sao chdi A va tam Mat Troi khi d6 1a:

AF=x+P =P P _y 204 (km)

2 2 2

» Chon PUNG.
C. Cau héi - Tra 1oi ngin
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» Cau 50.Cho parabol (P) o tiéu diém F (1;0) va duong thang d: x+6m=0. Cé bao nhiéu gia tri
nguyén ctia me [—10;10] dé parabol (P) va duong thang d cit nhau tai hai diém phan

biét.
= Loi giai
v Tra loi: 10
Goi phuong trinh parabol (P) c6 dang: y* =2px(p > 0).

2

Parabol (P) cé tiéu diém F(I;O):>§:1:>p:2:>y2 :4x:>x:y7.

Ta c6 phuwong trinh dwong thang d: x+6m=0=> x =—6m.

2
Phuong trinh tung do giao diém cua (P) va d la: yj =—6m <y’ =-24m. (*)

bé (P ) va d c6 hai giao diém phan biét thi phuong trinh (*) ¢ hai nghiém phén
biét hay —24m>0< m<0.
Khi d6 véi me [—10;10] ¢6 10 gia tri nguyén thoa man
» Cau 51.Cho parabol (P) :y* =2x. C6 bao nhiéu diém thudc (P) c6 hoanh d6 dwong sao cho
khoang cach tir diém d6 dén tiéu diém cua (P) bang 4.
= Loi giai
v'Tra loi: 2
Parabol (P) c6 dwong chudnla A:x +% =0 va tiéu diém F(% ,-oJ.
Goi M (xo ; yo) l1a diém can tim.
C6 M e(P) nén y; =2x, = x, :%yg =x,>0.

1
X+

Khoang cach tir M dén tiéu diém F bang 4 nén MF =d(M;A)= =4.

7. . -9
=X, :E hoac x, :7.

Ma x, >0 nén x0=%:>y§=7:>yo=i\/;.

Vay MG;ﬁJ hoc M[g;—ﬁ}
2 2
» Cau 52.Tim toa d0 diém M (c6 hoanh do duong) thude elip (E): 7-+<-=1 sao cho M nhin hai
tiéu diém ctia (E) dudi mot géc 60°.
= Loi giai
v Tra loi: 2
Tt phweong trinh chinh tac ctia elip (E) tacd a=5b=3,c=4.
Elip (E) c6 hai tiéu diém F (-4;0),F,(4;0) va FF, =2c=8.

» TOAN TU TAM “



Chuwong 09
PHUONG PHAP TOA DO TRONG MAT PHANG

Goi M(x,;y,) la diém can tim.

Co MF? - MF; =(x, +4)2 +y, —[(xo —4)2 +y§} =16x,.
Lai c6, M € (E) nén MF, + MF, =2a=10. (1)
MEF’-MF} 16x, 8

Co6 MF,-MF,=—1 "2 - %0 _ 2y (2)
ME+ME, 10 5

Tt (1) va (2) suy ra MF, =5+%x0,‘MF2 :5—%350.

Ap dung dinh li cdsin cho AMFFE,, ta duoc:
FF? = ME? + MF? —=2MF, - MF, - cos 60°

2 2
< 64= 5+fx0 + 5—fx0 -2 5+ix0 S—fx0 L ea-25:28, :
5 5 5 5 2 25
=3 e, 253
Y
27 33 ¢y —3J_

0

Tt d6 tinh duoc y, :E:yo = hoac

Khi d6 c6 bén diém M : [——Sf —iJ ( 5@;36}(5@;—3@}{5@;3@].
4 4 4 4 4 4 4 4

Vay chi ¢6 2 diém M: LS\Z‘B;—%‘?}[S\{‘B;%E] thoéa man yéu cau

2 2

» Cau 53.C6 bao nhiéu diém N c6 tung d 16n hon 1 thudc hypebol (H ):%—%zl sao cho N
nhin hai tiéu diém cua (H ) dudi mot géc vudng.
= Loi giai
v Tra 10i: 2
T phuong trinh chinh tac ctia hypebol (H) tacé a=4,b=3,c=5.
Hypebol (H) c6 tiéu cyla FF, =2c=10.
Goi N(x,;y,) la diém can tim.

x2 yZ
Tacd Ne(H) nén —2-20 =1 (1)
16 9
Theo dé bai: ANEEF, vuong tai N, c6 O la trung diém ctia FF, (O la g6c toa d0)
FF,
Nén ON = —=cs 5=ON’=25=x.+y.=25=y, =25-x, (2)

2 25_ 2
Thay (2) vao (1): x—O— 9x° 1 9x2 —400+ 1627 = 144 & 25x = 544 & 22 =

434 434
=

x=—h”

0

Ttr d6 tinh duoc yo 8; =1, :% hodc y, = 2
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Khi 6 b diém N 1 8004, 9| [ 4099 [0V, 9] [asd 9]
5 5 5 5 5 5 5
Vay chi c6 2 diém N : (— 4\/53_4 ;%J{AL\/;—‘L 9} thda man yéu cau
x2 2
» Cau 54. Trong mat phang toa dd Oxy, cho diém M chuyén dong trén duong elip (E): —— i/_6 =1
. Tinh tong gia tri 16n nhat va gia tri nho nhat cia OM .
= Loi giai

v'Tra loi: 9

Giase M (xo ; yo) thudc dwong elip.

Ta co: ]/ =L =1.

25 16
2 2
V1x>0y0>0nen y0< 0 y0< 0 y0:>x+y0S Sx0+y0
25 25725 16 16 16 25 16

=16<x]+y. <25 4< \xl+y. <5=4<OM<5

M thuoc ( ) va OM =4 khi M co toa d0 ( ) hoac (0;4).

M thudc (E) va OM =5 khi M c6 toa d (—5;0) hoic (5;0).

Khi d6 OM dat gid tri nho nhat bang 4 va dat gid tri 1én nhat bang 5.

Vay tong gia tri nho nhat gia tri 1én nhat bang 9

2 2
» Cau 55.Trong mat phang toa dd Oxy, cho diém M chuyén dong trén duong elip x—+i/—6 =1.

Tinh tong gia tri 16n nhat va gia tri nho nhat cia DM, trong d6 D(6; 0).

= Loi giai
v Tra loi: 12
., | DO-OM <DM <DO+0OM
Ta co: =6-5<DM<6+5=1<DM<11
OM<5,DO=6

DM =1khi M 6 toa dé (5;0),
DM =11 khi M c6 toa do (-5;0).
Khi d6 DM dat gid tri nho nhat bang 1 va dat gid tri 1én nhat bang 11.
Vay téng gia tri nho nhat gia tri 1én nhat bang 12

» Cau 56.Cho hai duwong thang A, va A, vudng géc v6i nhau. Mot chat diém chuyén dong trong
mot gdc vudng tao boi A, va A, cé tinh chat: & moi thoi diém, tich khoang cach ttr moi
vi tri ctia chat diém dén hai duong thang A, va A, ludn bang 4. Biét rang chat diém

2 2

chuyén dong trén mot phan caa duong hypebol c6 dang x__y?zl (a;beN*). Tinh
a

S=a+b
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chét diém

w Loi giadi
v Tra loi: 16
Xét hé truc toa &0 Oxy nhu Hinh, trong dé cac truc Ox,Oy Ian luot la cac duong phan
gidc ctia cac goc tao bdi A, va A, . Phuong trinh hai duong thang A, va A, Tan luot 1a
Ax+y=0va A, :x-y=0.

Hy

Gia str chat diém ¢ vi tri M(x,; yo) va chi chuyén dong trong mét goc vudng twong ting
véi mién nghiém cua hé bat phuwong trinh {i +§ i (()) (diém c6 toa do (1;0) thudc mién
nghiém cda ca hai bat phwong trinh x+y >0 va x-y>0.

Khoang cach tir M dén hai duong thang A, :x+y=0 va A, :x—y =0 lan luot 1a:
ol o] sy,

esr 2 2

B 2 T T 7

Jeer 2 2

_ XY %Yo _ % Yo

2 22

d(M,A))

d(M,A,)

Suy ra d(M,Al)-d(M,AZ)

2 2 2 2
Do d6 d(M,AI)-d(M,AZ):4©M:4c>x—°—y—°:1.
2 & 8
2 2
Vay chat diém M chuyén dong trén mot phan ctia dwong hypebol %—% =1.

3
Khi d6 {“ SS=a+b=16

2 2
» Cau 57.Cho elip (E):%+yT=l. Biét rang M thudc (E) sao cho no6 nhin hai tiéu diém cta (E)

» TOAN TU TAM m

dudi moét goc vuong. Khi dé ¢d bao nhiéu diém M c6 tong toa do 16n hon 3?
= Loi giai

v Tra loi: 1

Tacd: a* =9=a=3;b>=1=b=1c=Va’-b* :2\/5:>FIF2 —42.

Goi M(x;y)e(E) thi MF, =a+£x=3+&x,MF2 =a—£x=3—&x.
a 3 a 3
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Ta c6 FMF, =90" nén FF] = MF’ + MF}

2 2
@(4\/5)2 =(3+¥x} +(3—¥x} <:>32=18+2-§-x2 =34 =%@x=i3*/H

4

! V2

Th ao (E), tad == -+
ay vao (E), ta duoc: y LY ;
Vay c6 bon diém M thoa man Ia Liﬂ;ﬁ]{i W4 2 J
4 4 4 4

Khi d6
3?+£z3,15;#+(—g]z2/45;_#+gz_2,45;_#+(_£]z_3115

Aot A 14 2 o~
Vay c6 1 diém (# ,g} théa man
» Céu 58.Mot nha vom chita may bay c6 mat cat hinh ntta elip cao 8m, rong 20m. Khoang cach
theo phuong thang dtng tir mot diém céch chan twong 5m 1én d&n noc nha vom 1a bao
nhiéu mét? Két quad lam tron dén hang phin tram

= Loi giai
v Tra 1oi: 6,29
Chon hé truc toa do0 Oxy nhuw hinh v€, goi phwong trinh chinh tic elip la

2 2
(E):;C—2+Z—2=l(a>b>0,y20).
Tacod:2a=20=a=10,b=8.

2 2
Vay phuong trinh elip mo ta nha vom la (E) : lxm—i-% =1 (y > 0).

Goi M 1a diém thudc (E) c6 hoanh do bing 5 (hodc —5 ), chiéu cao can tim chinh la
tung d6 cua diém M.
2
(#5) v’

Thay hoanh do M vao phuwong trinh (E ) oo + i 1
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=1 =48> y=4/3~6,92m.

» Cdu 59. Mot cai thap 1am ngudi ctia mdt nha mdy cé mat cat 1a hinh hypebol cé phuong trinh
2 2

X Yy

287 427

=1. Biét chiéu cao cua thap la 150m va khoang cach tit néc thap dén dén tam

ddi xting ctia hypebol bang % lan khoang cach ttr tam d6i xtiing dén ddy. Tinh tong ban

kinh ndc va ban kinh day cua thap theo don vi mét. Két qua lam tron dén hang don vi.

Y

= Loi gidi
v Tra loi: 115
Chon hé truc toa do Oxy nhw hinh vé.

YA

)

HK =150 OH+0OK =1

=V

Ta co: =OH =60m,0OK=90m.

2 = 2

Duong thang qua H, vudng géc Oy 1a A, :y=60.
2

2
A, céthypebol tai diém c6 hoanh d9 duong va thoa man - % = = 4149,

Duong thang qua K, vudng géc véi Oy 1a A, :y=-90.

A, cat hypebol tai di€ém c6 hoanh do duong va thoa man o 1 1

— x=44/274

Vay ban kinh ndc ctia thap xap xi 48,826 m, ban kinh ddy cta thap xdp xi 66,212 m.
Khi d6 tdng ban kinh néc va ban kinh day ctia thap bang 4149 +4+/274 ~115m
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2 2
» Cau 60.Cho elip (E): -+ -=1 v6i hai tiéu diém F, F,. C6 bao nhiéu diém M 6 tung d0 duong

thudc (E) sao cho géc m =60".
= Loi giai

v Tra loi: 2

Y

A
M
-7 60%

Tacd @ =4=a=2b =1=b=1c=a*—b* =3 =>FF, =2\3.

Goi M(x;y)e(E) thi MF, :a+£x:2+£x,MF2 :a—gx:2—£x.
a 2 a 2

Ta co: FF? = MF? + MF? —2MF, - MF, - cos 60’

& (2\3) _[2+§x]2 +[2—ng2 —2(2+§x}{2—ﬁx}

2

c>12=4+2\/§x+%x2 +4—2J§x+%x2—[4-%x2j©8=%x2 Sx=tm,

Thay vao (E), ta duoc: 93—i+y2 =loy’ :%@y:il.

3
NSRRI NO

Vay c6 bon diém M thoa man la: i—z;— JE—— .
3 '3 3 3
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