Full chuyén dé On thi Tn 2021- HS TB-Yéu hiéu qud cao

Full Chuyén
dé 12 new < ’
2020-2021 CHUGONG @: DAO HAM - UNG DUNG _
FB: Duong Hung b g
[ @Bai 1: SUDONG BIEN, NGHICH BIEN J
Dang (D. Tim khoang PB, NB Note!
eCho BBT ctia ham sé6 y=f(z) ®Quan sat dau y’ >0 hay y’ <0

% A - Bai tap minh hoa:
Cau 1: Cho hamsd f(X) c6 bang bién thién nhu sau:

T —00 -2 0 2 +00

!

v — 0 + 0 — 0 +
+~o 3 +o
y \ /
G | / |
Ham s6 da cho nghich bién trén khoadng nao duéi day?

M. (-2;0). ®. (2;+00). ©. (0;2). D. (0;+0).

Loi giai % PP nhanh tric nghiém
<2Chon C.
® Trong khoang (0;2) ta thay y’<0. Suy ra ® Nghich bién ta quan sat dau y’<0, chon dap an
phtt hgp theo BBT

ham s6 da cho nghich bién.

Cau 2: Chohamsd y= f(X) c6 bang bién thien nhu sau

x | —o0 -2 40

r

y - 0 +
40
1 —0
Ham s6 da cho dong bién trén khoadng nao duéi day ?

®. (=2;+0). ®. (-2;3). ©. (3;+). D. (—o05-2).

Loi giai % PP nhanh tric nghiém

= O W

2Chon (B). R . .
’ ) ¥ Dong bién ta quan sat dau y’>0, chon
e Trong khoang (—2;3) ta thay y’>0. Suy ra khoang dap an phit hgp theo BBT

ham s6 dong bién.

Cau 3: Chohamsd y= f(X) c6 bang bién thien
nhu sau. Ménh deé nao duéi day dang? r _ T 0 =
A). Ham sb nghich bién trén (—oo;l) )

B). Ham sb nghich bién trén (—oo; O) U(l; +oo) ) ) \ / \

(©. Ham sb dong bién tren (0;1).
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(D). Ham s6 déng bién tren (—0;2).

Loi giai % PP nhanh tric nghiém
9Chon C
e Trong khoang (0;1) ta thiy y’>0. Suy ra ham | ® Dong bién ta quan sat dau y’>0, chon khoang

s6 ddng bidn. dap an phu hop theo BBT

% B - Bai tap ap dung;:

Cau 1: Chohamsé f(x) cobang bién thien nhu sau

x —00 -1 0 1 +00

y' -0 + 0 —- 0 +
+00 3 +00
0 0
Ham s6 da cho dong bién trén khoang nao duéi day?

®. (-1;0). ®. (-1; +). ©. (—o; -1). ®. (0;1).

Cau 2: Chohamsd f (X) ¢6 bang bién thién nhu sau:

X | —oo -2 0 2 +0

¥ - 0 + 0 0 +
+0 3 +o0
1 1
Ham s6 da cho dong bién trén khoang nao duéi day.

®. (0;+x). ®. (0;2). ©. (-2;0). ©. (—»;-2).

Cau 3: Chohamsé y= f(X) c6 bang bién thién nhu sau

X —an -2 0 2 )
v + 0 - 0 + 0 -

N N

Ham s y = f (x) nghich bién trén khoéng nao dudi day?

®@. (-2;0). ®. (—0;-2). ©. (0;2). ©. (0;+ ).
Cau 4: Cho hamsé y = f (X) c6 bang xét dau dao ham nhu sau
T | - -1 0 2 +00
y + 0 - H - 0 -

Meénh dé nao dudi day dang?

®. Ham sb dong bién trén khoang (-2;0) ®. Ham s6 dong bién trén khoang (—»;0)
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©. Ham sb nghich bién trén khoang (0;2)  ©. Ham sb dong bién trén khoéng (—o0;-2)
Cau 5: Cho hams6 y = f (X) ¢6 bang bién thién nhu sau

X — -1 1 ]

y + 0 - 0 +

Ham s6 da cho dong bién trén khodng nao dudi day?
®. (-1+x). ®. (L+0). ©. (-1,1). ©. (—o051).
Cau 6: Cho hamséy = f (X) c6 bang bién thién nhu hinh vé sau

X —n -1 0 | +o0
V' + 0 -

| + 0 -
3
, /2\_1/ T,

Meénh dé nao dudi day dang?

@®. Ham sb dong bién trén khoang (—1;3). ®. Ham s6 dong bién trén khoang (—;2).
©. Ham s6 nghich bién trén khoang (-2;1). ©. Ham s6 nghich bién trén khoéng 1,2 .
Cau 7: Cho hamsb y= f (X) xdc dinh trén R\{2} va ¢6 bang bién thién nhu hinh vé.
X — 2 +x

7 . .

1 +i

F(x) \_ﬁﬁ \ 1

Hay chon meénh dé ding.

®. f(x) nghich bién tren timg khoang (—0;2) va (2;+0).
®. f(x) dong bién tren timg khoang (—;2) va (2;+).
©. f(x) nghich bién tren R.

©. f(x) dong bién tren R.

Cau 8: Cho ham s6 y= f(x)c6 bang bién thién

X | —o© 1 2 +00
' + 0 - 0 +
3 +00
y / \ /
—0 -3

Meénh dé nao dudi day dang?

@®. Ham sb dong bién tren khoang (—0;3). ®. Ham s6 nghich bién trén khoang (-3;3).
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©. Ham sb dong bién tren khodng (-3;+00). ©. Ham s6 nghich bién trén khoéng (1;2).

Cau 9: Cho hams6 y= f (X) ¢6 bang bién thien nhu sau:

T — a0 -1 1 + o0
y' - [0 J— 0 -
3 + a0

Meénh dé nao dudi day dang?

®. Ham s6 nghich bién trén khoang (—1; 1). ®. Ham s6 dong bién tren khoang (—oo; 1) )

©. Ham s6 dong bién tren khodng (—1; +o0). ©. Ham s6 nghich bién trén khoéng (-1, 3).
Cau 10: Cho ham s6 y = f (X)c6 bang bién thien

X —y -1 0 1 +n0
y' - 0 — + 0 —

2 3
¥ N /’ \ N /" \ R

Meénh dé nao sau day dung.
®. Ham sb nghich bién tren (—2 ;1) ) ®. Ham s6 dong bién trén (—1;3) )
©. Ham s6 nghich bién tren (1;2). ©. Ham s6 dong bién tréen (—;2).
BANG DAP AN
| 1.A | 2¢ | 3A | 4¢c [ 5B | 6D | 7.A | 8D | 9.A | 10.C |

Dang @. Tim khoang DB, NB T
r ®. Dang d6 thi ting trén khoang (a;b). Suy ra
D3 cho db thi ctia ham sé y=f(z) ham s6 DB trén (a;b)
®. Dang do thi gidm trén khodng (a;b). Suy
! J| ham s6 NB trén (a;b) )

% A - Bai tap minh hoa:

Cau 1: Cho ham sb y = f(X) c6 do thi nhu hinh vé bén. Ham s da cho dong Vi
bién trén khodng nao dudi day?

-1 1
) N
®. (0:1). ®. (~01). N
©. (-11). ®. (-10). Sn
Loi giai % PP nhanh tric nghiém
SChonD. ® Dong bién ta quan sat dang do thi dilen (chi g

® Trong khoang (—1;0) ta thiy dang do thidi | doc ket qud tren truc Ox)

len . Suy ra ham s6 da cho dong bién. = chon khoéng dap én pht hgp theo D'T
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Cau 2: Cho ham s6 y = f(X) ¢6 do thi nhu hinh vé ben. Hoi ham
s6 da cho nghich bién trén khoang nao duéi day ?
®). (~0:8) . ®. (L4).
©. (4;4). @. (0;1).

o . i
[ 1 4 9
Loi giai % PP nhanh tric nghiém
2Chon B . ® Nghich bién ta quan sat dang do thi di xuéng
® Trong khoang (1; 4) ta thiy dang ddthidi | = chon khoang dap &n phu hgp theo d6 thi

xubng . Suy ra ham s6 da cho nghich bién.
Cau 3: Chohamsé y=f (X) xac dinh, lién tuc trén R va c6 do thi
nhu hinh vé dué6i day. Ménh dé nao sau day diang?
Z N Z 1 N 1
(A). Ham sb ddng bién trén khoang (—o0;1). m 0 x

1
(B). Ham sb dong bién trén khodng (—oo ;—1) ) \

[ —

(©. Ham sb déng bién trén khoang (0;+00).

(D). Ham s6 ddng bién trén khoang (-3;+x)

Loi giai % PP nhanh triac nghiém
SChon B .
e Trong khoang (—0;—1) ta thdy dangdd thi |® Doéng bién ta quan sat dang do thi dilen (chi y
doc két quéa tren truc Ox)

dilen .S ham s6 da cho dong bién. R
LS DY T At 59 Ca CAD COTS DICn = chon khoang dap an phu hgp theo do thi

® Trong cic khoang khac do thi ham s6 c6 dang
di len va c6 ca di xubng
% B - Bai tap ap dung;:

Caul: Chohamsé y= f(X) c6 do thi nhu hinh vé ben.

Khing dinh nao sau day la sai?

®. Ham sb nghich bién trén khoang (0;1).
®. Ham s6 dong bién trén khoang (—0;0) va (1;+x). |

©. Ham s6 dong bién trén khodng (—;3) va (1;+0).
©. Ham s6 di qua diém (1;2).

\
=)
<Y

Cau 2: Chohamsd y=f (X) c6 do thi nhu hinh vé beén.
Khéng dinh nao sau day ding? T y
@®. Ham sb nghich bién trén khoang (-1;1).
®. Ham s6 dong bién trén khodng (-1 3). .

©. Ham s6 dong bién tren khodng (—o0;-1) va (1;+0). VAREAN
©. Ham s6 dong bién trén khoang (-1;1).
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Cau 3: Chohams6 y= f(X) ¢6 do6 thi nhu hinh vé ,
Ham s6 y = f (X)dong bién trén khoang nao dusi day? )

®. (-2;0). ®.(-11).

©. (0;2). ®. (-2;-1).
Cau 4: Cho d6 thi ham s6 y = f (x) nhu hinh bén. Khing dinh nao
sau day la dung?

®. D6 thi ham sb chi c6 mot tiem can.
®. D06 thi ham s6 chi c6 tiem can ding.
©. Ham sb ¢6 hai cuc tri.

©. Ham s6 nghich bién trong khoang (—0;0) va (0;+w). 2 1\“

Cau 5: Cho hamsé y= f(x) c6 dd thi (C) nhu hinh vé. Chon khing dinh
sai vé ham s6 f (x):
®. Hamsé f(x) tiép xac véi Ox.
®. Hamso f(x) dong bién tren (0;1).
©. Ham s6 f (x) nghich bién trén (—o0;-1).
©. D6 thi ham s6 f (x) khong c6 dudng tiém can.

Cau 6: Cho dd thi ham s6 y = f (x) hinh béen. Khang dinh nao dang?
®. Do thi ham sb c6 tiem can ding x =1, tiém can ngang y =—1.
®. Ham s6 nghich bién trén cac khoang (—o0;—1) va (—1;+0).
©. Ham s6 dong bién trén cac khoang (—oo; —1) va (—1; +00) ) 1

| 1
N P ~ PN ~ 2 I
©®. Ham s6 c6 mot cuc dai va mot cuc tieu. 2 1/ ;x

Cau 7: Chohamsd f(X) c6 daoham f'(x) xéc dinh, lien tuc tréen R va

y="f (X) c6 do thi nhu hinh vé bén. Khing dinh nao sau day la
dang?
@®. Ham sb dong bién tren (1;+0).

YA

®. Ham s6 dong bién trén (—oo;—l) va (3;+oo).
©. Ham s6 nghich bién tren (—4;3).
©. Ham s6 dong bién trén (—oo;—l) u(3;+oo).

Cau 8: Cho ham sb y= f(x) c6 do6 thi nhu hinh vé beén. R
Ham s6 da cho nghich bién trén khoang | A
1/ . |3«

®. (0;2). ®. (-20). /‘1 3 2\
©. (-3-1). @. (23). [ )
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Cau 9: Cho ham s6 y = f = xéc dinh, lién tuc trén R va c6 do thi nhu hinh vé dusi day. Meénh dé

nao sau day dang?

(). Ham sb déng bién tren khodng —oo;l .

(B). Ham s6 ddng bién tren khoang —oo;—1 .

©. Ham s6 dong bién trén khoang 0;4 oo .

(D). Ham s6 ddng bién tren khodng —3;+ 0o .

Cau 10 Cho ham s6 f x c¢6 do thi nhu hinh vé bén. Ham s6 dong bién trén

khoang nao sau day?

B, 24.
©. 23,

®. o03.

VA

M - BANG DAP AN

| 1.c | 2€¢ | 3D | 4D [ 5B | 6C | 7.A | 8B | 9B | 10.C |

Dang 3. Tim khoang PB, NB

®Dé cho ham s y=f(z) tudng minh

©_Lap BBT

®_Dwa vao BBT két ludn nhanh khoang DB, NB
®- Casio: INEQ, d/dx, table.

% A - Bai tap minh hoa:

2 1 5 .
Cau 1: Hamsoy = 3 x* —2x% +3x+1 dong bién trén khoang nao sau day?

M. (2;400). ®. (1;+oo).

©. (1

Lai giai
<ChonD.
J y:%X‘°’—2x2 +3x+1= y' =x"—4x+3=0.
'~ 0 x=1
=0
y X=3
X —o0 1 3 420
Vv + 0 - 0
7 +a0
v 2
; ~ / 3 \ l /

BBT = Ham s6 dong bién trén khoang (—o0; 1) va (3;+00)

3). D). (~o0; 1) vau (3;+0)

% PP nhanh triac nghiém
® Casio: INEQ

Vo B
x<a, b<{x

x<1, 3<{x

Cau 2: Hoi ham sé Y =x* —2x° +2020 nghich bién trén khodng nao sau day ?

B, (—o0;-1). ®. (-11).

Lai giai
<Chon A .
o y=x'-2x"+2020= y' =4x*—4x

©. (-

1;0). @ (—oo;l).
% PP nhanh tric nghiém
® Casio: INEQ
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X = O vor @
y'=0<:{ x<a, h{x<{c
®*BBT x<-1, 0<x<1
Y | —o -1 0 1 400
1 — 0 + 0 — 0 +
- 2020 o0
2019 2019
e — Ham s6 nghich bién trén khoéng(-;-1)

—2X—-3
X+1

Cau 3. Cho ham s6 y = (C), chon phéat biéu diing

(A). Ham s6 luon nghich bién tren cac khoang xdc dinh.
(B). Ham s6 luon dong bién trén R .
©. Ham s6 c6 tap xac dinh R\{l}

(D). Ham s6 luon ddng bién tren cac khoang xéc dinh.

Loi giai % PP nhanh tric nghiém
9Chon D . ® (Cong thic
o y_2X38_ 1 ->0,Vx#-1. :ax+b(C¢0):>y,:—ad—bcz
X+1 (x+1) cx+d (cx+d)
® = Ham s6 luon dong bién trén cac khoang xac dinh. o CﬁSﬂiO: table.
——2%—3
f (x)—h:T
Vo [
Pham vi bang
Kthac:10
Budc :0.5
o E
= foxd
17l -2
18 -1.5 0
13 I1| ermoR
20 -0.5 -4
-1
% B - Bai tap ap dung;:
Cau 1: Hamsd y=-x>+3x> -1 dong bién trén cic khoang
®. (—»;1). ®. (0;2). ©. (2;+). ®. Rr.
Cau 2: Céc khoang nghich bién ctia ham s6 y=x>-3x-1 13
®. (-;-1). ®. (L+wx). ©. (-11). ©. (0;1).
Cau 3: Hamsd y=—x*+2x*+1nghich bién tren
®. (-o0;-1)va (01) ®. (-10) va (L,+»).0. R. ©. (—2,42).
Cau 4: Hamsd y=X"'+2x*—4 dong bién trén cac khoang
®. (-»;0). ®. (0;+x). ©. (-1;0)va (L;40).D. (—0;-1) va (0;1).

Cau 5: Hamsb y= 2X=5 dong bién trén
X+3
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Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

®. R. ®. (—;3). ©. (-3;+). ©. (—0;-3);(-3;+»).
Ham s6 y= ))((L_i nghich bién trén cac khoang
®. (—0;1) va (L;40).B. (L+). ©. (-L;+0). ©. R\{1}.

—2X-3

Cho sam s6 y = (C). Chon phét biéu ding?

X+1
®. Ham sb luon nghich bién trén mién xac dinh.
(®. Ham s6 luon dong bién trén timg khoang xéac dinh.
©. Ham s6 luon dong bién trén R
©. Ham s6 c6 tap xéc dinh D=R\ {1}.
Ham s6 nao sau day dong bién trén khoang (—o0;—1)
®. y=2x>-3x>-12x+4. ®. y=2x"+3x*-12x+4.
©. y=-2x-3x* +12x—4. O. y=-2x*+3x* +12x—4 .

Cho ham s6 f(x)=x>—-3x+2. Trong cac ménh dé sau, ménh dé nao sai?

@®. f(x) nghich bién trén khoang (-11). ®. f(x) nghich bién trén khoang (—1;%) :

©. f(x) dong bién tren khodng (-1;1). ®@. f(x) nghich bién trén khodng (% ; 1) :
Trong cac ham so sau, ham s6 nao sau day dong bién trén khoang (1;3) ?
2 —
®. y:X—_‘I’. ®. yz%x;g. ©. y=2x*-x". ©. y=x"-4x+5.
X — —

M - BANG DAP AN

1.B | 2 [ 3B | 4B | 5D | 6.A | 7.B | 8A | 9.C | 10.A |

Dang @. Tim khoang PB, NB

©® LapBBT

®Dé cho ham sbé y=f’(x)

® Dua vao BBT tim khoang DB, NB
®- Casto: INEQ, d/dx, table.

% A - Bai tap minh hoa:

Cau 1: Chohamsd y= f(x) c¢6 dao ham f'(x)= x* +1. Khing dinh nao sau day dang?
A). Ham s6 nghich bién trén (—oo;l). B. Ham s6 nghich bién trén (—oo; +oo).
©. Ham sb nghich bién trén (—1; 1) ) D). Ham s6 dong bién trén (—oo; + oo) )
Loi giai % PP nhanh tric nghiém
<Chon D ® Quan sat nhanh dau dao ham

*Do f'(x)=x*+1>0 v6imoi X € R nén ham s6 luon déng bién tren

R.
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Cau 2: Chohamsd y= f(x) c6 daoham y=f'(x)= (X—Z)2 , VX € R. Ménh dé nao dudi day sai?
(®). Ham s ddng bién tren khoang (—o0;2). (B). Ham sb déng bién tren khoang (2;+0)

(©. Ham sb dong bién tren khoang (—o0;+0). (D). Ham s6 nghich bién trén khoang
(—oo; 2) .
Loi giai % PP nhanh tric nghiém
e Mat nhanh: Nhin
f’(x)=(x—2)2 >0,vxeR
® Casio: table nhin dau dao
ham.

9Chon D
* Do f'(x)= (X—Z)2 >0,Vx eR nén ham s6 dong bién trén R.
e Chu y: Ménh dé sai.

0.25
U}
0.25

E
fimd ‘
1

1.3
2
2.3
<]

0
eDé thay f'(x)>0,vxeR

Cau 3. Choham s6 f X c6 daoham tren R 1a f/ x =x* x—1 . Ham s6 da cho dong bién trén

khoang
@. 1400 . . —00;, 400 . @ 0:1 . @ —00:1 .
Loi giai % PP nhanh tric nghiém
9Chon A e Casio: INEQ
2 x=0 a<x ” "
oTaco f'x =0 x" x-1=0<
x=1
eBang xét dau 1<x
X | = 0 1 +00 eChon A .
V' - 0 - 0 + '

OVVay ham s6 dong bién trén khoang 1,400 .

% B - Bai tap ap dung;:

Cau 1: Cho ham sé f(x) c6 dao ham f'(x)=(x +1)2 (X—1)3(2—x). Ham s6 f(x) dong bién trén
khoang nao, trong cac khoang duéi day?
®. (-11). ®. (32). ©. (—o0;-1). ©. (2;+).

Cau 2: Chohamsd y= f(X) c6 dao ham f'(x)= (X+1)2 (2—x)(x+3). Menh dé nao dudi day dang?
@®. Ham sb nghich bién trén cac khoang (—3; —1) va (2; + ).
®. Ham sb nghich bién trén khoang (-3; 2).
©. Ham sb dong bién trén céc khoang (—oo; —3) va (2; +=).
©. Ham s6 dong bién tren khoang (-3; 2).

2020

x—2)"".

2021 (

Cau 3: Cho ham s6 Y= f(X) lien tuc tren R va ¢6 dao ham f'(x)=(x+2)(x—-1)
Khing dinh nao sau day ding?
®. Ham sb dat cuc dai tai diém x =1 va dat cuc tidu tai cac diém x=+2.
®. Ham s6 dong bién tren mdi khoang (1;2) va (2;+).
©. Ham s6 ¢6 ba didm cuc tri.

©. Ham sb nghich bién trén khoang (-2;1).
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Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Hamsd y = f(X) ¢6 dao ham y'=x*(x—5). Ménh dé nao sau day dang?

@®. Ham sb dong bién tren (5;+0). ®. Ham s6 nghich bién trén (0;+0).

©. Ham s6 nghich bién tren R.. ©. Ham s6 nghich bién tréen (—oo; 0) va(5; +oo).
Cho ham s6 y = f (x) xdc dinh trén tap R vaco f'(x)= x* —=5x+4 . Khing dinh nao sau day
la dang?

®. Ham sb da cho nghich bién trén khoang (1;4).

®. Ham s6 da cho nghich bién trén khoang (3;+0).

©. Ham s6 da cho dong bién tren khoang (—o;3).

©. Ham sb da cho dong bién tren khoéng (14).

Cho ham s6 Y= f(X) c6 dao ham f'(X)=(x-2)(x+5)(x+1)°, ¥xeR. Ménh dé nao sau day
dang?

@®. Hamsd y=f(X) dong bién trén khoang (-1 2).

®. Hams6 Y= f(X) dong bién trén khodng (-1 + ).

©. Ham s6 y = f(X) nghich bién trén khoang (-1, +).

®. Ham s6 y = f(X) nghich bién trén khoang (-1;1).

Cho ham s6 y = f (X) ¢6 dao ham f'(x)=x*+2,¥xeR. Menh dé nao dudi day la ding?

®. f(-1)=f(1). ®. f(-1)=1f(1). O©. f(-)>f(1). ©. f(-1)<f(1).

Cho ham s6 f (x) c¢6 dao ham f'(x)= (X+l)2 (x— 2)3 (X+3)2021 . Ménh dé nao duéi day dang?
®. Ham sb nghich bién trén cac khoang (—3; —1) va (2; + 00) )

®. Ham s6 dong bién trén khoang (-3; 2).

©. Ham s6 nghich bién trén cac khodng (—0; —3) va (2; + ).

©. Ham s6 nghich bién trén khoéng (-3; 2).
M - BANG DAP AN

| 1.B | 2D | 3D | 4A | 5.A | 6D | 7D | 8D |

Note!

0 .D6 thi ham s6 y= f’(z) ndm phia trén truc ox
tréen khoang (a;b). Suy ra ham s6 y= f (z) dong
bién trén (a;b)

7

®. D6 thi ham s6 y= f’(z) nam phia duéi truc
ox trong khoang (a;b). Suy ra ham s6 y= f(z)

Dang ®. Tim khoang DB, NB

nghich bién trén (a;b)

.

®Dé cho do6 thi ham sé y=f’(z) bién thién ctia ham s6 hgp y= f(u) thi st dung dao

© .Néu cho do thi ham s6 y= f’(z) ma héi su

ham ctia ham s6 hgp va xét dau ham s6 y= f’(u)
\

% A - Bai tap minh hoa:
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Cau 1: Chohamso f (X) xac dinh trén R va c6 do thihamsbé y= f'(X) !

13 dudng cong trong hinh bén. Ménh dé nao dusi day ding?

®. Hamsb f(x) nghich bién tren khoang (~11) . Szl —io| 1 [z 8%
(®). Hams6 f(x) déng bién tren khoang (12).

©. Ham s6 f (x) ddng bién tren khoéng (~2;1).
D). Ham s6 f (x) nghich bién tren khoang (0;2).

Loi giai % PP nhanh tric nghiém

2Ch . . o

on @\ / e Tit d3 thi d& thay tren khoéng
®Duya vao do thi cia ham y=f '(X) ta c6 bang bien thién: (O' 2) dd thi nim dudi truc ox nén

X | = —2 0 2 +oo0 f'(x)<0. Suy rahams6 f(x)

' - 0 + 0 - 0 + p
nghich bien
+0 Yen +x
y \ / /
Yer Yer
Vay ham s6 y = f (x) nghich bién trén khoang (0;2).
Cau 2. Cho ham s6 y = f (x) . Ham s6 y = f'(x) c6 do thi nhu hinh ben. ¥ y= ()
Hamso y=f (2— X) dong bién tren khodng: / .
-1

N/
®. (13). ®. (2+0). /o 1\/4 :

©. (-21). ©. (~;2).

Loi giai % PP nhanh triac nghiém
SChon C
. ' Y , ¢(Casio
*Taco: (f(2-x)) =(2-x) .f'(2-x)=—f'(2—x) . Nhap dao ham
!/ o B &
(f(2-%)) >0 F'(2-x)<0 —(2-%+1) (2-x—1) (>
eHam 86 déng blén khi 2_x<-1 X>3
= = _
L< 2—x<4 {—2 <x<1 ®@. Calc loai cac dap an khong
thda dé bai.
Loai A, B, D

®. Chon dap an dang C

Cau 3: Cho ham s6 y=f(x). Biét ham s6 y=f'(x) c¢6 do thi nhu hinh vé ben dudi. Ham sb

/76 —I\Jo /2 x
®. (23). ®. (-2;-1). ©. (-10). @. (0;1).

% PP nhanh tric nghiém
e Casio
®. Nhap dao ham ham s6 hop

y=f (3— X2) dong bién trén khodng

<2Chon C.
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eHams6 y= f (3-x°) dong bién khi y'>0 & -2xf(3-%2)>0 | _on(3—n246) ( 3—2Zf»
© 2xf'(3-x%)<0.
[ (x<0 .
0 x<0 { , ®@. Calc loai cac dap an khong
. xS 3 y2so o st théa dé bai.
f'(3-x*)>0 { X x <0 Loai A, B, D
—6<3-x"<-1 4ox?<9 ®. Chon dap an dang C
| (A<X < w._ cha y khi calc chon gia tri sat
-1<x<0 dau mit.
-3<X<-2
(x>0
x>0 g
. x>0 3y <6 x?>9 X>3
<d3-x<— = )
f’(3—x2)<0 < x>0 l<x<?2
~1<3-x*<?2
| [1<x®<4
®So sanh véi dap an Chon C.

Cau 4. Cho ham s6 f (x) xéc dinh trén tap sb thuc R va c6 do thi f'(x)
nhu hinh sau. Dat g(x)= f (x)—x, ham s6 g(x) nghich bién trén khodng

@, (L+m). ®. (-12).
©. (2;+). D. (—o0;-1).

Loi giai % PP nhanh triac nghiém
<Chon B
*Taco g'(x)=f'(x)-1. @.Vé duong thing y=1

®@. Quan sat phan do thi ndm dudi
; duong thang y=1

\ | / ®.Dua vao d6 thi ta thiy

| |/ VX €(~12) ham s6 nghich bién.

1 0/ 2 x
L1

e f'(x)<leg'(x)<0 va g'(x)=0<> x=1 nén ham sb
y =g(x) nghich bién trén (-1;2).
% B - Bai tap ap dung;:

*Dua vao dd thi da cho ta thdy VX e(=12) thi

Caul: Chohamsd y=f (X) xac dinh, lién tuc trén R va c6 dao ham f'(X).

Biét ring f'(X) c6 do thi nhu hinh vé bén.Meénh dé nao sau day dang? y
@®. Hamsb y= f(x) dong bién tren khodng (—2;0) -3/\-2 0
®. Ham s6 y = f(x) nghich bién trén khoang (0;+o0) / X
©. Ham s6 y = f (x) dong bién trén khodng (—;3)
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©. Ham s y = f (X) nghich bién trén khoéng (-3;-2)
Cau 2: Chohamsb y=f(x). Himso y= f'(x) c6 do thi nhu hinh vé. Ham s6
y = f (3—2x)+2020 nghich bién trén khoang?
®. (12). ®. (2+x).
©. (-=31). ®©. (-11).
Cau 3: Chohamso y=f'(x) c6 do thi nhu hinh vé.
Ham s6 y = f (x) déng bién tren khoéng nao sau day
®. (—0;0). ®. (-=;4).
©. (-3;+x). ©. (-4;0).

Cau 4: Chohamsb y= f(x). Hums6 y=f'(x) c6 do thi nhu hinh bén. Ham

f 2 0

s y= f(x) dong bién trén khoang v
®. (—oo;—l). ®. (2;+oo). I/I
©. (-11). ©. (14) /r) 1\/4 £

Cau 5: Chohamsd y = f(X) c6 do thi nhu hinh ben.Ham s6
y =—2f(x) dong bién trén khoang
®. (12). ®. (23).
©. (-10). ®©. (-11).
Cau 6: Cho ham s6 y = f (x). Biét réng ham s6 f (X) ¢6 dao ham 1a f'(x) va
ham s6 y = f'(x) c¢6 do thi nhu hinh vé bén.Khang dinh nao sau day

sai?
@®. Ham f (x) nghich bién trén khodng (—o0;-2).

®. Ham f(x) dong bién trén khodng (1;+x).
©. Tren (-11) thiham sé f(x) luon tang.

O. Ham f (X) gidm trén doan c6 do dai bang 2.

—‘I—io

Cau 7:  Cho ham s6 f (x) ¢6 dao ham trén M va ¢6 dd thi y = f '(x) nhu hinh vé. Xét ham s6

= f (x*~2). Ménh dé nao sau day sai?
@. Ham s6 g(X) nghich bién tren (0;2).
®. Ham s6 g(x) dong bién tren(2;+o0).
©. Ham s6 g(x)nghich bién tren (—o0;—-2).
©. Ham s g(x)nghich bién tren (-10).

Cau 8 Cho hams6 y = f'(X)c6 do thi nhu hinh vé
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Hamso y=f (2 — XZ) dong bién trén khoang nao duéi day y
®. (-;0). ®. (0;1). S e
©. (12). ®©. (0;+0).
Cau 9: Chohamso f(x) co bang xét dau clia dao ham nhu sau o—r*
x [—DO 1 2 3 4 +00
fm] — o + o 4+ o — o +
Ham s6 y=3f (x+2)—x°+3x dong bién trén khoéng ndo duséi day?
®. (—o0;-1). ®. (L+x). ©. (-10). ®. (0;2).
Cau 10: Cho ham s6 f(x). Hamsb y = f'(X) c6 bang xét ddu nhu sau
X | —on -2 <0
7(x) | _ 0 ~ 0 + 0 -
Hamso y=f (X2 + 2X) nghich bién trén khoang nao duéi day?
®. (0;1). ®. (-2;-1). ©. (-2;1). ©. (-4;-3).
[1.B [2.A [3.Cc J4Cc [5A |6.D |7D [8B [9.C [10.B |

Dang 6. Toan tham s m

(a;b) hay trén R.

® Tim tham s6 m dé ham s6 dong bién, nghich bién trén titng khoang xac dinh, trén khoang
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! Note! )
O®. Hamda thic. \

2.Cho ham s6 y = f(x) ¢6 dao ham trén K.

t Néu tren K, '(x)=0 va dau “=" x4y ra tai mot s6 hitu han diém thi f(x) dong bién
trén K.

t Néu tren K, '(x) <0 va ddu “=" x4y ra tai mot s6 hitu han diém K thi f(x) nghich
biéntrén K .

2.Cho tam thiic bac hai f(x) = ax? + bx + c c6 biét thiic A =b* —4ac. Ta cé:

a>0
A<0

R a<0
f(x) <0, VxeR@{A

* f(x)=0, VXER@{
<0

9.Xét bai toan: “Tim m dé ham s6 y = f(x,m) dong bién tréen K ”. Ta thudng thuc hien
theo cac bude sau:

®. Tinh dao ham f'(x,m)
@. Ly luan: Ham s6 dong bién trén K < fi(x,m)>0, ¥x e K <>m=g(x),¥x €K (m<g(x))
®. Lap bang bién thién ctia ham s6 g(x) trén K , tit d6 suy ra gia tri can tim ctia m.

. Ham sb bac 3: y=ax’ +bx* +cex+d

a=>0 { a>0

* Ham s6 dong bién tréen R < y'>0,Vx e R < =3
A, <0 b* =3ac<0

N Z . P . ' a<0 0
* Ham so nghich bién trén R < y'<0,Vxe R < =X “
A.=0 b*—3ac<0

2. Cha y: Xét hé s6 a =0 khi n6 c¢6 chita tham so.

ax+b
ex+d

®. Ham phan thic htu ty: Y=

®. Xét tinh don diéu trén tap xac dinh:

d . ad—bc
e Tap xac dinh D=R\{——¢; Daoham ¥ =-——7
c (C.X'+d)
A N 43X L ~ . ° d o d
e Néu y/ > 0vxe D, suy ra ham s6 dong bién trén mdi khoang | —oo;—— | va| ——;+0
c c

. . . . d d
e Néuy/ < 0 Vxe D, suy ra ham s6 nghich bién trén mdi khoéng(—oo;——]; {——;m}
c c

®@. Xét tinh don diéu trén khoang (a; b) thuoc tap xac dinh D:

ad—bc>0,Vx e (a;b)
* Néu ham s6 dong bién tren khoang (a;b) thi d
——¢(a;b)
¢
ad—bc<0,Vx e (a;b)
e Néu ham s6 nghich bién trén khoang (a;b) thi d
*E & (a;b)

N %
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% A - Bai tap minh hoa:

Cau 1: Chohamsé y=—x*—mx*+(4m+9)x+5 (v6i M la tham s6). C6 bao nhiéu gia tri nguyén ciia

M dé ham s6 nghich bién trén R ?

®. o. ®. 6. ©. s.
Lai giai
<Chon D
ey =—xX—mx*+(4m+9)x+5.
*TXD: R.

y' =-3x* —2mx+4m+9.

*Ham s6 nghich bién trén R<> y'<0 VxeR (dau “=" xay
ra tai hitu han diém)

< —3x*—2mx+4m+9<0 VxeR < A'<0 (do a=-3<0)
& m?+3(4m+9)<0 < m’ +12m+27<0 < -9<m<-3.
*Vay c6 7 gia tri nguyén cia M théa man dé bai.

D. 7.

PP nhanh tric nghiém

St dung ngay diéu kién
b? —3ac <0

Sm?+12m+27<0

<& -9<m<-3

w.Casio: mode A
Vo [
asx=h

-9=x%-3
e Vayco 7 gia tri nguyén ctia M
théa man dé bai.

4 .. . o £ 2 N 4 1 X c A ~
Cau 2. Tim tat ca céac gia tri thuc cia tham s6 m de ham so y= 3 x® —2mx® + 4x -5 dong bién trén R .

A). -1<m<1. B. -1<m<1. ©. 0<m<1.
Loi giai
SChon A
TXD: D=R
eTaco, Y =X —4mx+4.
*YCBT
a=1>0

&Y 2>20,VxeRe
Y {A:(—4m)z—4.1.430.

om*-1<0< -1<m<1

D. 0<m<1.
% PP nhanh tric nghiém

+ St dung ngay diéu kien
b>—3ac<0
om -1<0<-1<m<1

w.Casio: mode A
o B
asx=h

-15x21
+ Vay -1<m<1
+ Chu ¥ dé c6 thé héi c6 bao nhieu
gia tri nguyén clia tham s6 m

Cau 3. Tim m dé ham sd y =Xx*(m—x)—2018 (1) dong bién trén khoang (1;2).

B. me[3;+x0). ®. me[0;+w).
©Chon A.

*Taco Y =-3x"+2mx. Dé ham sb (1) dong bién trén (1; 2) thi
y'>0, vxe(12).

*Khi dé—3X2+2mXZO,VXe(1;2)<:>m237xVXG(1;2)<:> m>3

©. me[-3;+x).

D). me(—o;-1].
% PP nhanh tric nghiém
e St dung casio: table
e Thit m=0
Vo B

f{x)=x? (0—x)—-2018

fix?

-2019
-2019
- 2020

[ 2020

-2020, 744
Loai B,C.
+ Thit m=-1

D]
fimd
-2021
-2021
-2022
|-

-2023. 625

I—I-I—I-I—I-I—I-H'q-l
o LI B
=

LN D b

T
x

2
4
3
&

1.2
1.3
1.4
1.5

Loai D.
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Cau 4. C6 tat ca bao nhiéu gia tri nguyén ctia m dé ham s6 y=

2,400 .

®. 1. ®. 3. ©. vo 6.

Loi giai
SChon A
eDiéu kién: x = —4m.

*Dé ham sb xéc dinh trén 2,400 thi —4m<2 < m> —%

4m—3
X+4m °
eHam s6 nghich bién khi va chi khi

*Taco: y'=

am —
y'<0,VYX€E 2400 @m—gz<0,VX€ 2;+00
X+4m

@4m—3<0¢wn<%

3 ,
*Vay ) <m< 2 nén c6 1 so nguyén m=0 thdéa man.

’ Chon A.

X+3
X+4m

nghich bién trén khodng

D. 2.

% PP nhanh tric nghiém
St dung ngay diéu kién

ad—bc<QVXE(mb)
d

_ ;b
U (ab)

e St dung casio: table: Thir m
nguyeén
* Vi m=0 thoa man.

" 43
I A
L (x)=2 %0

Vo @
Pham wvi bang
Kthiac:10
Budée :0.5

Vi @
fixd

2.2
2
1.8571

x
2.
3.

1
2 5
3 3
4 5
512

Thit thém cac m nguyén lan can

e m=1, -1, 2, -2, ... thay khong
thoa.

2

~ N 2 .2z 2 £ 218 £ X—m X < 4 ~ 2 > £ . >
Cau 5. Tim cac gia tri cia tham so m dé ham so y = ol dong bién trén cac khoang xac dinh cua
X+

@.. me[-1+o0). ®. me (—o0;-1). ©. me (=1 +x). D. m e (—o0;-1].

Lo giai
2Chon C
*Tap xac dinh: D= R\{—l} .
1+m
(x+1f
eHam s6 dong bién trén cidc khodng xac dinh ctia né khi

1+m >0; VxeD

*Taco: y' =

y'>0,VxeD <

(x+1f

<l+fm>0m>-1.

% PP nhanh triac nghiém

St dung casio: d/dx hoac table
e Thit m=-1 thay khong thoa
30
fox
5 1

1

x
18 -
19
20
21

033
ERROR

Loai A, D

e Thit m=10 thoa

£z

12
* Vay chon C
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Cau 6. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé ham s6 y= mx+9 nghich bién trén khoang
(1; +oo)?
®. s. ®. 3. ©. 2. ©. 4.
2Chon D % PP nhanh tric nghiém
*Tap xéc dinh: D=R\{-m}. *  Stt dung ngay diéu kien
., m?-9 ad—bc <0,Vx e(a;b)
*Taco: Yy = 5 - q
(x+m) ——¢(a;b)
N P . .z . v . C
*Ham s6 da cho nghich bién trén khoéng (1;+o0) + Casio: table do tim 55 m
y'<0 m>-9<0 nguyen.
me(Lio) " |-m<l “V&i me{-1;0;1;2} théa
+or [
-3<m<3 —0xx+9
{ 1 & -1<m<3.VimeZ=me{-1;0;12}. TX)="240
m > —
Vo'
Pham vi bang
Bdau :1
Kthuc:10
V& B
x fimd
3 5‘ i
10 5.5|1.6363
11 &l 1.s
12l .5 | iy

1. 384615385

e PP do 1a gii phép tinh thé. Khi
khong biét phuong phap giai c6
thé th.

% B - Bai tap ap dung;:

Cau 1: (6 bao nhiéu gia tri nguyén ctia tham s6 m dé ham s6 y=x*>-3(m+2)x? +3(m2 +4m)x+1
nghich bién trén khoang (0;1).
®. 1. ®. 4. ©. 3. ®. 2.

Cau 2: Cho ham s y=-x°—mx’+(4m+9)x+5, v6i m la tham s6. C6 bao nhiéu gia tri nguyen cta

m dé ham s6 nghich bién trén (—o0;+0) ?

®. 5. ®. 6. ©.7. ©.4
Cau 3: Giatricia m déhamsé y=x"+2(m-1)x*+(m-1)x+5 dong bién tren R 1a
®. me(—w;l)u(£;+ooj. ®. me(l;gj.
7 7
©. me(—oo1)u| —;+00 |. ®. me|L—]|.
4 4
Cau 4: (C6 bao nhiéu gia tri nguyén m dé hamsé y = (—m2 + 2m) x*+(m—2)x*+x+10 dong bién tren
R
®. o. ®. 1. ©. 2. ®. 3.
Cau 5: (6 bao nhiéu gi tri nguyén m dé hamsé y = (m2 —l) x° +(m—-1)x* —x+4 nghich bién tren R
®. 1. ®. 2. ©.o. ©. 3.
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. s 2 £ X+ 2
Cau 6: (o6 bao nhiéu gia tri nguyén m de ham so y = +

®. 7. ®. 8. ©. 9. ©. 10.
Cau 7: Tim tat ca cac gia tricia m dé hamsé y = mxx:ril]G dong bién tren (0;10).
®. me(—o0;—10]U(4; + ). ®. me(—wo;—4)U(4;+).
©. me(—0;—10]U[4; +x). ©. me(—ow; —4]U[4;+x)
Cau 8: (€6 bao nhiéu gia tri nguyén ciia tham s6 m dé ham s6 y = xX++56rsn
(10;+oo) .
®. 5. ®. 3. ©. 4. D. Vo sb.
Cau9: Chohamsd y= W v6i m 13 tham s6. Goi S 1a tap hgp tat ci cac gia tri nguyen ctia
m dé ham s6 dong bién trén khoang (2;+o). Tim s6 phan tit cia S .
®. 3. ®. 4. ©. 5. @. 1.

4 ., . o 4 2 N £ mX
Cau 10: Tim tap hgp tat ca cac gia tri cia tham so thuc m dé ham so y = 5
X—m

khoang xac dinh.

@. [-6:6]. ®. (—6:\6). ©. | ~V6:6). ©. (—V6:6].

nghich bién trén khoang 5;+o00

| 1.B | 2¢c | 3D | 4Cc | 5B | 6.A | 7A | 8C | 9.A | 10.B |

nghich bién trén khoang

dong bién trén ting
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[ ZBai 2: CUC TRI HAM SO ]

p ( Note! )_

F_i Dang (D. Tim cuc tri 0. Qua Xy f'(X) dél dau tu (+) —)(—) thi
day la cuc dai.

001}? I)BBT, bang dau ciia ham s6 ®. Qua x, f'(x) ddidauti (-)—(+) thi
y=f(=

day la cuc tiéu.

\

% A - Bai tap minh hoa:
Cau 1. Cho hamsbéy = f(x) c6 bang bién thién nhu hinh vé bén. Ménh dé nao dudi day dang?

x| = 0 1 +
V - 0 - 0 -
+i0 5
\ \ / \
4 —x

@- :VCD = 5 - :YCT = 0 ©- xCD =~ 5 @- xCT = 1
Loi giai % PP nhanh triac nghiém

SChon A

e Tit BBT suy ra ham sb dat cuc daitaix = 1, | ® Quan sat f'(x) ddi dau khi qua x =?.
gié tri cuc dai yep = y(1) = 5.

Cau 2. Cho ham s6y = f(x) c6 bang bién thién nhu sau:

[ ]

X | o 0 +o

V' - 0 +
+a

T~ T~

Ham s6 dat cuc dai tai diém

®. x=1. ®. x=0. ©. x=5. D. x=2.

Loi giai % PP nhanh tric nghiém

| &=

2Chon D

® Qua bang bién thién ta c6 ham s6 dat cuc dai | ® Quan sat f'(x) doéi dau khi qua x =2.

tai diém x = 2.

Cau 3. Cho ham s6 f(x) c6 bang xét dau dao ham nhu sau:

x —; 1 2 3 4 +a

fl=)| = 0o + 0o + 0o - 0 4
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Ham s6 c6 bao nhiéu diem cuc tieu ?

®. 2. ®. 3.

Loi giai
SChon A
e Tir do thi ta thay ham s6 dat cuc tiéu tai

x=1;x =4.

©. o. O. 1.

PP nhanh tric nghiém

® Quan sat s6 lan f'(x) do6i dau tir — sang +khi
qua x =?.

e Cha ¥ s6 lan ddi dau 1a sb cuc tri.

Cau 4. Cho ham s6 f(x) c6 bang bién thién nhu sau:

el T E—
£ix) @ x‘ /' 2 \
_2 -0

Ham s6 da cho dat cuc dai tai:

@- . x = 3.

x = 5.
Lai giai
<Chon B

® Qua bang bién thién ta c6 ham s6 dat cuc dai
tai diém x = 3.

% B - Bai tap rén luyén:

@.x=—2. @.x=2.

% PP nhanh tric nghiém

® Quan sat f'(x) doi dau tit + sang — khi qua
x =7

Cau 1: Cho hams6 y = f (x) ¢6 bang bién thien nhu sau. Tim gié tri cuc dai y_,, va gia tri cuc tiéu

Yop Clia ham s6 da cho.

x| —x -2

[ 3]

+

.’

2 +

N 0 +

®' Yep =3 va Y, =0.
©' Yep=—2Va Y, =2.

+x

o —

Yep =3 Va Y =-2.

Yep =2 va yo, =0.

Cau 2: Chohamsd f(x) co6 bang bién thien nhu sau

X | —x -1

I

V' - 0

o~

Ham s6 da cho dat cuc tiéu tai diém

|
— | =
|
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™. X=2. ®. x=1. ©. x=-1. ©. x=-3.
Cau 3: Chohamso f(x) c6 bang bién thién nhu sau
X —n 1 3 +0
f'(x) - 0 + 0 -
o 2
| T~ T~
-2 _
Ham s6 da cho dat cuc dai tai
™. Xx=5. ®. x=3. ©. x=-2. O. x=2.
Cau 4: Chohamso f(x) c6 bang bién thién nhu sau
X —m 0 2 +o
7 - 0 - 0 -
2
¥ 5
\ 1 ,_,__---"""_F_—- \
Gia tri cuc dai cia ham s6 da cho béng
®. s ®. 1. ©. 2. ®. o.
Cau 5: Chohamso f(x) c6 bang bién thién nhu sau
o L . . S x —00 1 3 +00o
Gi4 tri cyc tiéu ciia ham so 1a £1(x) + 0 - o
3. X=3. ®. x=1. 2 e
£ (@) / \ -
©. y=-2. ®. y=2. -0 -2
Cau 6: Chohamso f(x) c6 bang bién thién nhu sau
R R . x | —0o 1 2 +00
Dieém cuc dai ciia do thi ham so 1a y _
y + 0 0
M. X=3. ®. (1;3). 3 e
y / \ _
©. (2;-2). ®. x=2. i
Cau 7: Chohamso f(x) co6 bang bién thién nhu sau
x | —o -2 1 +w
£(x) | - 0 + -0 +
D6 thi ham s6 ¢6 bao nhiéu diém cuc tri
®. 1. ®. 3. ©. 2. ©®. o.
Cau 8: Chohamsd f(x) cobang bién thien nhusau . | _ ‘0
D6 thi ham s ¢6 bao nhiéu diém cuc tri y' +
+ oo -2
®. 1. ®. 3. y / /
-2 — oo
©. 2. ®. o.
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Cau 9: Chohamso f(x) co bang bién thién nhu hinh

vé. Do thi ham s6 ¢6 bao nhiéu diém cuc tiéu = |- 1 1 +oo
W + 0 - 0 +
®. 1. ®. 3. g - —
—0oC -2
Cau 10: Chohams6 f (x) c6 bang xét dau ciia f'(x)
nhu hinh vé
x| -w -3 -1 1 +®
f(x) ‘ - 0 0 - 0 +

Ham s6 co diem cuc dai 1a

®. 0. ®. 1.

©. 3. O®. 2.

BANG DAP AN

| 1.A | 2€¢ | 3B | 4A [ 5¢ | 6B | 7.B | 8D | 9.A | 10.B |

Dang 2. Tim cuc tri

®Dé cho d6 thi cia ham sé y=f(z)

( Note! )

©. Néu do thi “di len” roi “di xudng” thi day la
cuc dai.

M. Néu do thi “di xudng” roi “di len” thi day 1a
cuc tidu.

\

% A - Bai tap minh hoa:
Cau 1.
diém nao dusi day ?
@. x =-2.
©. x =1.

© @
I
I

=
I
S

Lai giai
2Chon B

e Tt do thi ta thay ham s6 dat cuc dai tai
x =-—1.

Cho ham s6 y = f(x) xac dinh, lién tuc trén doan [—2; 2] va c6 do
thi 1a duong cong trong hinh vé bén. Ham s6 f(x) dat cuc dai tai

[ N ——

.

% PP nhanh tric nghiém

® Ta thay nhanh ngoai cing bén trai “di
len” roi “di xudng” khi d6 ham s6 dat
cuc dai tai x do.
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Cau 2. Choham s6 y = ax® + bx? +cx+d (a,b,c,d €R) 6 dd thi | 7
nhu hinh vé bén. S6 diém cuc tri ctia ham s6 da cho la: \

®. 3. ®. o. \ / \ )
©. 2. D. 1.

Loi giai % PP nhanh tric nghiém

2Chon C ® Quan sat do thi ham s6, c6 bao nhiéu

. . . khoang 16i 16m, lién tuc thi c6 bay nhiéu
® Qua do thi ham s6 ta ¢6 ham so ¢6 2 cuc tri & i Y

cuc tri?
Cau 3. Cho ham s6 f(x) c6 do thi nhu hinh vé:
Do thi ham sb ¢6 bao nhiéu diém cuc tri?
®. 1. ®. 3. i
©. 2. ®. o.
Loi giai % PP nhanh tric nghiém

<Chon B ® Quan sat do thi ham s6, c6 bao nhieu

khoang 16i 16m, lién tuc thi c6 bay nhiéu

® Qua do thi ham sb ta c6 ham sb ¢6 3 cuc tri .
cuc tri?

Cau 4. Chohamséy =ax*+bx?+c (a, b, c € R) c6 do thi nhu
hinh vé bén. S6 diém cuc tri ciia ham s da cho 1a y‘

®. 3. ®. o. \/O‘\/ X
©. 2.

D. 1

Loi giai % PP nhanh tric nghiém

SChon A ® Quan sat do thi ham s6, c6 bao nhiéu

khoang 15i 16m, lién tuc thi c6 bay nhiéu

® Qua do thi ham s6 ta c6 ham s6 c6 3 cice tri )
cuc tri?

% B - Bai tap rén luyén:
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Caul: Chohamsé y=f (X) lién tuc trén R va cé do thi nhu hinh bén. Héi

ham s6 c6 bao nhiéu diém cuc tri?

®. 4. ®. -.
©. 2. O©. .

Cau2: Chohamsbé y=f x lién tuc trén R va c6 do thi nhu hinh vé bén
duéi. Hoi ham s6 dé ¢6 bao nhiéu diém cuc tri?
®. 0. ®. 3.
©. 1. ®. .

Cau3: Hamso y=f (X) xac dinh va lién tuc trén doan [—2; 2] va c6 do
thi 1a dudng cong trong hinh vé bén. Ham s6 f (X) dat cuc dai
tai diém nao dudi day?

=y

®. X=-1. ®. x=-2.
©. x=1. O. x=2.

Cau 4: Cho ham s6 c¢6 do thi nhu hinh vé. Gia tri cuc dai ctia ham s6
bang

®. 1. ®. -2.

A

©. 1. O©. o.

Cau 5: Cho hamsé y= f(x) c6 dd thi nhu hinh bén duéi. Tim sb diém
cuc tri ctia ham sé y = f (X).
®. 1 ®. 2.
©. 4. ®. s.

Cau 6: Cho ham s6 bac ba y = f (x) ¢6 dd thi nhu hinh vé ben.

Diém cuc dai ctia ham s6 da cho bing

D

-10

NI 4

A. -3. ®. o.
©. 2. ®. 1.

Cau 7: Chohamsb y= f(x) c6 do thi nhu hinh vé ben dudi.

Ham s6 c6 bao nhiéu diém cyc tiéu trén khoéng (a;b)?

®. 4. ®. 2.

©. 7. ®. s. VN \
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Cau 8: Cho hams6 f(x) c6 do thi nhu hinh bén. Ménh dé nao dudi day dang?
®).  Ham s6 c6 ba cuc tri. y

) o 2 1y 2
®. Ham s6 c6 gié tri cuc tidu bing 2. /\
2

©. Ham s6 c6 gia tri 16n nhat bing 2 va gid tri nhé nhat bing —2.

[o) N
@. Ham s6 dat cuc dai tai x=0 va dat cuc tiéu tai X=2. /_2___v
| y
Cau 9: Cho hamsé y=ax®+bx*+cx+d (a,b,c,d €R) c6 dd thi nhu hinh vé “\
bén. S6 diém cuc tri ciia ham sb da cho la ". // \\
|
o

®. 3. ®. o. \ / \\
©. 2. ®. 1.

Cau 10: Chohamsd f(x) c6 do thi nhu hinh vé. S6 diém cuc tri ctia ham s6
da cho 1a

®. 3. ®. 4.
©. 2. ®. 1.

BANG DAP AN
| 1.B | 2¢ | 3B | 4B | 5.D | 6.A | 7B | 8A | 9.C | 10.A |

( Note!  )—

Dang 3. Tim cuc tri @ Lip BBT

®_Duwa vao BBT két luin cwec tri

eDé cho ham s6 y=f(z) tudng minh
() & ®- Casio: INEQ, d/dx, table.

% A - Bai tap minh hoa:

Cau 1. Tim gié tri cuc dai cia hamséy = x3 — 3x + 2.

®. 1. ®. 4. ©. o. D. -1.

Loi giai % PP nhanh tric nghiém
<Chon B ® Casio: H580VNX
- M vir @ i YA
— — y=ax X CX
o o x=1=y(1) =0 ¥
y=3x"-3=y' =0 3x 3_O®x=—1=>y(—1)=4 A
® Bang bién thién
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T |—o0 -1 1) +o0

’ + 0 = 0o +

| N

e Tt bang bién thién, ta thay gia tri cuc dai ctia ham s6 bang 4.

Cau 2. Chohamséy = f(x) c6 dao ham f'(x) = x(x + 2)%,Vx € R. S6 diém cuec tri ciia

ham s6 da cho la.

®. o. ®. 3.

Lai giai
9Chon D

® Ta c6 phuong trinh f'(x) = 0 ¢6 hai nghiém x = 0 va
x = —2 (1a nghiem kép)

® Bang xét dau

X | == -2 0 +x
V' - 0 - 0 +

® Suy ra ham s6 da cho c6 1 diém cuc tri.

Cau 3.
s6 da cho 1a:
®. 3. ®. 2.
Lai giai
SChon A
® Taco
x=0
) =x(x—1Dx+2)2 =f(x)=0e|x=1 , cac
x =-2

nghiém nay déu la nghiém don.

eVay ham s6 c6 3 cuc tri.

Cau 4.
bang ?

®. -302. ®. 25.

©. 2.

©. s.

©. —207.

O. 1.

% PP nhanh tric nghiém

e D& da cho f'(x) va dé dé
xét dau f'(x) thi nhap f'(x)
vao may tinh va chon 1 s6 bat
ki trong khoang can xét thé
vao (CALC).

Chof (x) c6 dao ham f'(x) = x(x — 1) (x + 2)3, Vx € R. S6 diém cuc tri clia ham

D. 1.

% PP nhanh tric nghiém

® (6 thé xét dau f'(x) qua
nghiém boi 1é va nghiém boi
chén.

® Casio: Table kiém tra su
d6i dau

Ham s6 y = x3 — 3x%2 — 9x + 4 dat cuc tri tai x; va x, thi tich cic gié tri cuc tri

D). -82.
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Loi giai % PP nhanh tric nghiém
SChon C ® Giai phuong trinh f'(x) = 0

® Casio: Table kiém tra su

=-1
o fl)=3x2—6x-9=f(x)=0e [* 1 :
') f'e) [x=3 ddi dau hosic 580VNX bam

e Ta c6 BBT: nghiém biét ngay
T -0 -1 3 + a0
y' + 0 - 0 +

e T BBT ta c6 gi4 tri cuc dai bang 9, gia tri cuc tiéu
bang -23.

o Suy raYep-Yer = —207.

~ N Z 1-2x . .
Cau 5. Hamsoy = — 0 bao nhiéu cuc tri ?

®. 3. ®. o. ©. 2. D. 1.

Loi giai % PP nhanh tric nghiém
SChon B ® Ham phan thitc y = 222
cx+d

® Ta c6 ham s6 da cho 1a ham phan thitc bac nhat trén | khong c6 cyc tri

bac nhat nén khong c6 cuce tri.

Cau 6. Hamsdy = x* — 2x? + 1 ¢6 bao nhiéu diém cuc tri ?

®. 3. ®. 2. ©. o. ©. 1.
Loi giai % PP nhanh tric nghiém

2Chon A. eNhin hé s6 a, b thay trai dau

o f'(x)=4x3—4x két luan c6 3 cic tri.
® Chu y: néu ab<(0 thi ham

x=0 4 2 .
of'(x) =0 |x =1 ,cicnghiém nay déu la nghiém 80 ¢ 3 ey trl
x=-1

don.

eVay ham s6 c6 3 cuc tri.

% B - Bai tap ap dung;:

2 . o N 2 1 ., . > N
Cau 1:  Goi X, va X, la hai diem cyc tri cia ham s6 f (X) = §X3 —3x* —2x. Gia tri cia XX +x2 bang?
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®. 13 ®. 32. ©. 40. O. 36.

Cau 2: Hamso y=x>—3x*—9x+4 dat cuc tri tai X, va X, thi tich cac gia tri cuc tri bang?
®.  -302. ®. 25. ©. -207. ©. -s2.
Cau 3:  Gia tri cyc dai Y, ctiahamsd y =x>-12x+20 1a
®. Yyoo=—4. ®. yp=-2. ©. vy, =36. O. vy, =2.
Cau 4: S6 cuc tri cia ham s6 y = Q/X_Z—X 1a
®. 1. ®. 2. ©. s. ©. o.
Cau b5: Hamso y= ¢6 bao nhiéu diém cuc tri?
®. 1. ®. 2. ©. 3. ©. o.
Cau 6: Cho hams6 f(X)c6 dao ham f'(x)= (x2 —1)(X—3)2 (x+ 2)2021, vx e R . S6 diém cuc tiéu cia
ham s6 da cho 1a
®. 5. ®. 2 ©. s. O©. .
Cau 7: Cho ham s6 f (X) c6 dao ham f’(x):(x2—l)zozo(x—S)(x+2). S6 diém cuc tri ctia ham sb
f (x) béng
®. 4. ®. 3. ©. 1. O©. 2.
Cau 8: Hams6 y=x"+x*—2020 c6 bao nhiéu diém cuc tri?
®. 3. ®. o. ©. 2 O®. 1
Cau 9: Hamsd y=x>—3x+2020 dat cuc tiéu tai
®. x=-1. ®. x=3. ©. x=1. ®. x=0.
Cau 10: Cho hamsé f(X) c6 daoham f'(x)=(x+1)"(x+2)’(2x—3). Tim 56 diém cuc tri ciia f (X)
®. 3. ®. 2. ©. o. ©. 1.
BANG DAP AN
| 1.B | 2¢ | 3¢c | 4B [ 5D | 6B | 7D | 8D | 9.Cc [10.B]
. ( Note! )
i P i e g | ® Xacdinh s6 giao diém ma do thi f'(z) cat
truc ox .
e D3 cho db thi ham sb y=f’(x) 9 Két luz§n s cuc tri ctia ham s@f(x) bz\“mg/
. so giao diém véi truc ox. Cht § néu do thi tiep
(Cho do thi clia dao ham) x1ic véi truc ox thi diém ay khong 14 cuc tri.

% A - Bai tap minh hoa:
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Cau 1: Cho ham s6 y= f(X) lién tuc trén R. Biét do thi ciia ham sb v

y=f '(X) nhu hinh vé. S6 diém cuc tri ctia ham s6 y = f (X) 1a

®. 4. ®. 0.

0]
_ X
©. 2. D. 3. ! !
Loi giai % PP nhanh tric nghiém
2Chon B ® D6 thi ham s6 khong cit truc

hoanh nén khéng c6 cuc tri

x=-1 . .
®Duya vao hinh vé ta co : f'(X)=0<:>[ 1 , va, do thi ham so
X =

y = f'(x) nim phia trén truc hoanh.

®Ta c6 bang bién thién :

x —® -1 1 +00
v + 0 + 0 +

B ——

eVayhamso y=f (X) khong ¢6 cuc tri.

Cau 2: Chohamsd y=f (X) xac dinh trén R va co do thi ham s6
y = f'(x) la dudng cong & hinh ben. Héi ham s6 y = f (X) ¢6 bao

nhiéu diém cuc tri ?

®. 5. ®. 4. U 0 \ -
©. 3. D. 6.

Loi giai PP nhanh triac nghiém
w Do thi cit truc ox tai 3 diém

5Chon C phéan biét

®Duya vao d6 thi y = f'(X) ta thdy phuong trinh f'(x)=0 c6 4

nghiém nhung gid tri f'(x) chi déi dau 3 lan.

eVay hamso y=f (X) ¢6 3 diém cuc tri.
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Cau 2: Cho ham s6 y= f(x) xdc dinh tréen R va ham s6 y= f'(x) c6 do thi y

nhu hinh vé. Tim s6 diém cuc tri ctia ham s6 y = f (X2 —3) )
®. 3. ®. 2.
©. 5. D. 4.

Loi giai
SChon A

® Quan sat do thitacé y=f'(x) ddi dau tit am sang duong

qua X=-2nén hamsé y= f (X) c6 mot diém cuc tri la x=-2.

e Tacs y'=[ (¢ ~3)] =2xf'(x* -3)
‘=0 x=0 x=0
a C{xz— =—2<:>[x=4_rl'

® Dodohamso y=f (X2 —3) c6 ba cuc tri.

Cau 3: Chohamsd y = f (x). Do thi cia ham s6 y = f'(x) nhu hinh ben. v

Hams6 g(x)=f (Xz) ¢6 bao nhiéu diém cuec tri?

®. 3. ®. s.
©. 2. D. a.

Lai giai
¢ Chon B

Il
|
N

eTudd thi y=f'(x)taco f'(x)=0<

X X X X
I

I
w o

®Taco g'(x)=2xf '(xz)

®Tacohamsb g(x)=f (X

% B - Bai tap ap dung;:

% PP nhanh tric nghiém

x=0 {x:o

°Y :0@[)(2_3:_2@ x=+1

4 Ghi nhé dao ham ham s6 hgp:

[F(u()] =(u(x))-F (u(x))

4S6 nghiém don phan biét ciia
phuong trinh y'=0Dbing s6 diém

cuc tri cia ham s6 y = f (u (X))

.

% PP nhanh triac nghiém
o g’(x)=2xf’(x2)
.g’(x):0c>

x=0
S x=11

X =+3

® S6 nghiém don bang s6 cuc tri

St-bs -Edit Word: FB: Duong Hung - Lién hé file word xinh Zalo: 0774.860.155 32




Full chuyén dé On thi Tn 2021- HS TB-Yéu hiéu qud cao

Cau 1: Chohamsb y= f(X) ¢6 do thictia ham y= f'(X) nhu hinh vé dudi day.
S6 diém cuc tri cia ham 6 y = f (x) la
®. 2. ®. 4. ]
©. 1. ®. s.
Cau 2: Chohamsé y= f(x) lien tuc trén R . Biét do thi ctia ham s6 y = f'(X)
nhu hinh vé. S6 diém cuc tri ctia ham sé y = f (x) 1a
®. 4. ®. o.
©. 2. ®. s.

<

-4

Cau 3: Cho ham s f(x) c6 do thi f'(x) nhu hinh vé ben.
S6 diém cuc tri ctia ham s6 f(x) 1a

®. 3. ®. 4. :
©. 2. O©. 1.

Cau 4: Chohamsd y= f(xX) c6 dao ham trén R va do thi ham séy = f'(x)
trén R nhu hinh vé. Ménh dé nao sau day 13 ding?

A). Ham sb y=f (X) c6 1 diém cuec tiéu va khong cé cuc dai.
®. Hamsbé y=f (X) c6 1 diém cuc dai va 2 diém cuc tiéu. -

©. Hamsb y=f (X) c6 1 diém cue dai va khong c6 cuc tiéu.

y=1r

)

O®. Hamsbé y=f (X) c6 1 diém cuc dai va 1 diém cuc tiéu. / 1 2
Cau 5: Chohamsé y=f(x). Himsd y=f'(x) c6 do thi nhu hinh vé:

Meénh dé nao duéi day dang? vA

A). Db thihamsd y=f(x) c6 hai diém cuc dai.

®. Dbéthihamsé y=f (X) c6 ba diém cuc tri.

©. Dbthihamsb y=f (X) c6 hai diém cuc tri. ~ .

®. Db thi ham sb y=f (X) c6 mot diém cuc tri. ’ / e *
Cau 6: Cho ham sd y= f(x), c6 dao ham la f'(x) lien tuc tréen R va

ham s6 f'(x)c6 dd thi nhu hinh duéi day.Héi ham s6 y = f(x) c6 v

bao nhiéu cuc tri ?

®. 1. ®. o.

©. s ®. 2.

=Y
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Cau 7: Chohamsd y= f (x) xac dinh va lien tuc trén R , c6 dao ham f'(x). Biét do thi ctia ham s6

f’'(x) nhu hinh vé. ve
Xéac dinh diém cuc tiéu ctia ham s6 g (x) = f (x)+x
2 8] 1 2 &
™. Khong c¢6 cuc tieu. ®. x=0. ! : »
AN
©. x=1. ©. x=2. /‘! =
Cau 8: Cho ham s6 y= f(x) c¢6 dao ham lién tuc trén R. Do thi / \

ham s6 y = f'(x) nhu hinh vé sau.
S6 diém cuc tri ctia ham s6 y = f(x)—5x 1a

®. 3. ®. 4.
©. 1. ®. 2.

Cau9: Cho hamsé6 y=f (X) xac dinh tréen R c6 dd thi cia ham sé

3 2 1 0 1 2 3

y= f'(X) nhu hinh vé. Héi ham s6 y= f(X)—X ¢6 bao nhiéu YA

diém cuc dai?
®. 1. ®. 2
©. 3. ©. o. o 1 2/_
x
Cau 10: Cho ham s6 y=f(X) c6 dao ham lién tuc tréen R. Ham sb /
y= f'(X) ¢6 do thi nhu hinh vé dué6i day:Cho bén ménh dé sau:

1. Ham s y = f (X) c6 ba diém cuc tri. Y e

2. Ham s6 y = f (x) dong bién trén khoang (0;1). /\

3. Ham s y = f (X) ¢6 mot diém cuc tiéu. s 5 1 . >
4. Hamsoy = f (X)dat cuc dai tai diém x=1. \-/

S6 ménh dé dung trong bén ménh dé tren 1

®. 1. ®. 2. ©. 3. ©. .
BANG DAP AN
| 1.A | 2B [ 3Cc | 4A [ 5B | 6 | 7.Cc | 8C | 9.D [10.C |

Dang 5. Tim tham s6 m dé ham s6 dat cuc tri tai diém cho trudc

r ( Note! )'\

®. Tim f'(x);/"(x)

r x =0
®. Ham s6 dat cuc dai tai x=x, = f,,( )
/" (x,)<0
' =0
©. Ham s6 dat cuc tiéu tal x=x, = f,,(x{))
f (x0)>0
. J

% A - Bai tap minh hoa:
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. , . 1 ..
Cau 1: Tim gia tri thuc cia tham s6 m dé ham so y = §X3 —mx? +(m2 —m—l)X dat cuc dai tai

x=1.
®. m=0. ®. m=3. ©. mew. ©. m=2.
Loi giai % PP nhanh tric nghiém
9Chon B ® (Casio:
® Taco y=x"-2mx+m*>—m-1. ® Thay gia tri m=3 vao giai phuong trinh bac 3.
y"'=2x-2m.
v B, i va
yM=0 | y25:ST5xE ta
e Ham s6 dat cuc dai tai X=1<19" i;ﬂx XoFCX
y"(1)<0

And 1

2 _

1-2m+m’—-m-1=0 |M —3m=0
1-2m<0 m>=
2

Z . . o 2 N Z 1 . .
Cau 2: Tim tat ca gia tri cia m de ham so yzgxs—mx2+(m2—m+1)x+1 dat cuc dai tai x=1.

®. m=-1. B. m=-2. ©. m=2. ®. m=1.

Loi giai % PP nhanh triac nghiém
SChon C
e Tapxacdinh D=R. e Casio:
@ Taco Yy =x*-2mx+m’—m+1Ly" =2x-2m. ® Thay gia tri m=2 vao giai phuong trinh bac 3.

e Ham s6 dat cuc dai tai Xx=1 khi

VB B, £ i
m=1 Cuc dai cua
y(1)=0 (m?-3m+2=0 y=axF+bxZ+cx+d
" 0<:> 5 2m<0 Sym=2om=2 | x=
< —-2m<
y'(@) m>1 1

Cau 3: Tim gi4 tri thuc cia tham s6 m dé ham sé y = x* —3x* +mx dat cuc dai tai x =0.

®. m=1. ®. m=2. ©. m=-2. ®. m=0.
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Laoi giai % PP nhanh triac nghiém
<Chon D ® Casio:
e TXD D=R ® Thay gia tri m=0 vao giadi phuong trinh bac 3.
y' =3x"—6X+m, y" =6x—6. Cuc 'dai cua

® Ham s6 y:x3—3x2+mx dat cuc daitai x=0
= y'(0)=0 < m=0.

e Vgim=0taco y"(0)=—6<0 = x=0 la diém
cuc dai ctia do thi ham sé.

® Vay m=0 la gi4 tri can tim.

v=ax3+bxE2+cox+d
X:

% B - Bai tap ap dung;:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Ham s y=2x°—(4-2m)x*+(m-5)x—4 dat cuc dai tai x=0 thi gia tri ctia m 1a?

®. -s. ®. 5. ©. -2. ©. 13.

Hamso6 y= x® —2mx? + m?x — 2 dat cuc tiéu tai x =1 khi

®. m=3. ®. m=1. ©. m=-1. ©®. m=-3.

Tim tat ca cac gia tri thuc clia tham sé m dé ham s6 y =mx® +x° +(m2 — 6) Xx+1 dat cuc tidu

tal x=1.
=1
@- [2__4. . m=-4. ©. m=1. @. m>—%.

Tim tit ci cac gia tri thuc ctia tham s6 m dé ham sé y=x* —4x* + mx®> —4x+3 dat cuc tiéu
tal X=1.

®. m=2. ®. m=4. ©. m=6. O. m=1.

Dé ham s6 y = x* —3x*+mx dat cuc tiéu tai X=2 thi tham s6 thuc m thuoc khodng nao sau
day ?

®. me(35). ®. me(-3-1). ©. me(13). ©®. me(-11).
. L. - N P 1 3 2 2 ., .
Tim gi4 tri thuc cia m sao cho ham s6 f (X)=§X +mx +(m —4)X dat cuc dai tai x=17

®. m=1. ®. m=3. ©. m=-1. O®. m=-3.

Tim céc gia tri thic ciia tham s6 m dé ham s6 y = x> —mx? +mx dat cuc tidu tai x =2.
®. m=4. ®. m=-2. ©. m=2. O®. m=-4.

.z . 3 A 2 N A 1 . .
Tim cac gia tri thiyc ctia tham s6 m dé ham sd y = §X3 —mx® + (m2 - 4)x +3 dat cuc dai tai x=3

®. m=1. ®. m=-1. ©. m=-7. ©®. m=5.
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Cau 9: Tim tat cd cac gia tri thuc clia tham sé6 m dé ham s6 y = x> —3mx® +2x+1 nhan diém x=1
lam diém cuc tiéu.

®. #m. ®. mg ©. Vosb m. ®. m:g

Cau 10: Tim tit c cac gia tri thuc cia tham s6 mdé ham s6 y = x* +(m —1) x> +m? dat cuc tiéu tai
x=0.

A). m=1. ®. m>1. ©. meR. ®. m<1.
BANG DAP AN
1.B 2.B 3.C 4.C 5D | 6.A | 7.A | 8D | 9.D | 10.B

Dang 6. Tim tham s6 m dé ham s6 bac ba cé cuc tri théa diéu kien.

p /_\ Note! N

®-Phwong phap:

® Tinh f'(x).
® Cho f'(x) =0= Bién luan m dé thoéa diéu kien.

®-Casio: table.

\ J/

% A - Bai tap minh hoa:

Cau 1: Tim tat ca gia tri thuc ciia tham s6 m de ham so y = 3 X* + X2 +mx+ 2020 ¢6 cuc tri.

@. me(—oo;l]. . me(—oo;l).
©. me(~0;0)u(0;1). ©@. me(-;0)u(0;1].

Lai giai PP nhanh tric nghiém
Chon B ® Nhan xét
® Tacod y =x*+2x+m. e Casio: Thit m=1

Vo [
eHam bac ba c6 cuc tri khi va chi khi Y’ ¢6 hai nghiem | f(x)=x2+2x+1l

phan biet < A'=1-m>0<m<1.

e (C4ch hoi ham bac 3 ¢6 cuc tri hoiic ¢6 hai diém cuc

RN VB [
tri, deu nhu nhau. sl %e| 19

o, ) 27 I
(6 the ta dung cong thic: b —3ac. %g 3-3 %

25
¢C6 cuc tri; hai cuc tri: b*—3ac>0.

o, ®L0ai vi dao ham khong ddi dau. Suy ra
¢Khong c6 cuc tri b®—3ac<0. loai A. D
*Véi a,b,c lahéso cla y. e Thit m=0, thiy dao ham ddi diu nén
chon B
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Cau 2:
®). meR\(-22).
©. me (-2;2).
L&i giai
Chon B

oy ;x3—mx2+4x+5:>y':x2—2mx+4

eDicu kién can va di ciia dé ham sb ¢6 hai diém cuc tri
la
A'>0

emi-4>0

“|

®Hay me (—oo— 2)u(2;+oo)

m< -2
m>2

fixd

-0.75

Zz . . > Z 2 N Z 1 L .
Tim tat ca gia tri thyc cia tham s6 m dé ham so y = 5 X% + X% +mx + 2017 c6 cuc tri.

®. m e (—o0—2)U(2;+).
D. me[-2;2].

PP nhanh tric nghiém

® St dung diéu kién

) ) m<-2
b °-3ac>0emM -4>0<
m> 2
® Casio:
Vo B
x<a, b<{x

xX{-2, 24X

Cau 3: D& thi ham sé y=ax® +bx% +cx+d ¢6 hai diém cuc tri 1a A(L-7), B(2;—8). Tinh y(-1).

@. y(-1)=7. ®. y(-1)=11.
©. y(-1)=-11. ©. y(-1)=-35.
Lai giai PP nhanh tric nghiém
Chon D
e y=ax+bx?+cx+d = y' =3ax? + 2bx +c. * Casio:
(=T
®Theo d bai ta cé he [ lgi : Ei N E
lx + ly + 1z
3a+2b+c=0 3a+2b+c=0 a=2 B+ 4y 22
12a+4b+c=0 12a+4b+c=0 b=-9
& =S :
a+b+c+d=-7 7a+3b+c=-1 c=12
8a+4b+2c+d=-8 |d=-T7—(a+b+c) |d=-12

oVay y=2x>-9x* +12x-12 = y(-1)=-35.

% B - Bai tap ap dung;:

St-bs -Edit Word: FB: Duong Hung - Lién hé file word xinh Zalo: 0774.860.155

38




Full chuyén dé On thi Tn 2021- HS TB-Yéu hiéu qud cao

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

N

la

Cho ham s6 y = x* —mx® + (m2 — 6) x. Tim s6 cac gia tri nguyén ctia tham s6 m dé ham sb da

cho ¢6 cuc tri.

®. 5. ®. Vo sb. ©. 4. D. 6.

Dieu kién can va du cia m dée ham so Yy = § X —mx?+4x+5 ¢6 hai diém cuc tri 1a.

@®. meR\(-22). ®. me(~0;-2)U(2+n).
©. me(-22). ©®. me[-22].
Tat ca cac gia tri thuc cia tham s6 m dé ham s6 y = x* —3x* +3mx +1 khong cé cuec tri 1a.

M. m<1. ®. m>1. ©. m<1. ®. m>1.

Tim cac s6 thuc m dé ham sb y=(m—2)x3+3x2+mx—5cé cuc tri.

2 _
®. m# ®. -3<m<l. ©. m< 3. ®. -2<m<l.

—3<m<1 1<m

Diéu kién can va di ciia tham s6 m dé ham s y = x> = x> +mx—5 ¢6 cuc tri la
®. m>%. ®. m<%. ©. ms%. O. mz%.

Tim tét ca cac gia tri thuc clia tham s6 msao cho ham s6 'y = x* +3x* + mx —1 khong c6 cuc tri

M. m>3. ®. m>3. ©. m<3. ®. m<3.

Tim tat ci cac gia tri thuc ciia tham s6 m dé ham s6 y = x> —3x+m c6 gia tri cuc dai va gia
tri cuc tidu trai dau

®.  me{-22). ®. m<-2hoacm>2.

©. —2<m<2. ©®. meR..

Tim tét c& gia tri ciia tham s6 m dé ham s6 Y =mx’ —2mx” +(m-2)x+1 khong c6 cuc tri
®.  me[-60). ®. me[0;+x).

©. me —co;—6 U 0400 . ©®. me[-60].

Biét riing do thi ham s6 y = x> —3x* +ax+b ¢6 diém cyc tiéu la A(2;-2). Tinh tong S =a+b

®. S=34. ®. s=-14. ©. s=14. ®. s=-20.

Gia tri cia tham s6 m dé ham s6 y =X —3x* +mx—1 c6 hai cuc tri X, X, théaman x> +x% =6
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®. m=-3. ®. m=1.

©. m=-1. @.

m=3.

BANG DAP AN

1.A 2.B 3.D 4.A 5.B

6.B 7.C 8.D 9.C 10.A

X Dang 7. Tim tham s6 m dé ham s6 triing phuong c6 cuc tri théa diéu kien

(o

© _Tinh f'(x).

-Phwong phap:

t. Hosic xét hé sb6 a:b .

¢. Ham trung phuong c6
@. diém cuc tri < a.b<0.
®@. diém cuctri < ab>0.

¢. T d6 ta c6 thém:

®-Casio: table.

o

®_Cho f'(x)=0=> Bié¢n luan m dé thoa diéu kién.

@. Cé6 cuc dai khong co cuc tieu < [

®@. C6 cuc tiéu khong cé cuc dai < Ib

\/ Note! \

a<0
h<0’

a>0
>0

% A - Bai tap minh hoa:

Cau 1:

Co tat ca bao nhiéu gia tri nguyeén ciia m trén mién —10;10 dé ham s6

y=x"—22m+1 x> +7 c6 ba diém cuc tri ?

®. 20. ®. 11.
Loi giai
2Chon B
® Ta cH y':4x3—4 2m-+1 x.
) x=0
y'=04x"-42m+1 x=0«&| |
X°=2m+1

Dé ham sb6 ¢6 ba diém cuc tri thi

2m+1>0<:>m>—%.

©. 10. D. 9.

% PP nhanh tric nghiém
® Nhan xét:
+Ham trung phuong (bac 4) c6
®) 3 diém cuc tri <> ab<0.
®) 1 diém cuc tri < ab>0.
Tu do ta c6 thém
a<0

®) C6 CD khong c6 CT@{bSO.
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Vay cac gia tri nguyén ctia m trén miéen —10;10

1a me 0:1,2:3:4:5:6:7:8:9:10 .

Cau 2:

a>0

®) C6 CT khong c6 CD < :
b>0

w Casio: Do tim gia tri nguyén ciia m trén
mien —10;10

Tim s6 cac gia tri nguyén ciia tham s6 m dé ham s6 y = x* + 2(m2 -m —6)X2 +m-1c¢63

diém cuc tri.

®. . ®. 5. ©. 4. D. 3.

Loi giai % PP nhanh tric nghiém
9Chon C
® Dé ham s6 ¢6 3 diém cuc tri ® Casio
<:>ab<0<:>2(m2—m—6)<0<:>—2<m<3. /o B
a<x<b

®Do M nguyén nén Me {—1; (s 2} .

-2<x<3

® (6 thé stt dung cach do s6 m nguyén thoa deé
bai

® Nhap dao ham vao table kiém tra su ddi dau dé
nhan m nguyén.

Cau 3: Tim cécgia tri cia m dé hamsé y= x* —2(m —l) X2 =3+m co ding mot diém cuec tri.

@. m>1. . m<1. @ m>1. @ m<1.

Loi giai % PP nhanh triac nghiém
2Chon B
® ab>0&-2(m-1)20< m<1. ® St dung cong thitc nhanhab >0

% B - Bai tap ap dung;:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Tim tAt ci cAc gid tri ciia tham s6 m dé dd thi hamsd Y =mx* + m—1 x*+1—2m chi c6 mot

cuc tri.

m<0
@. m>1. . m<0. © 0<m<1. @ B

m>1"

Tap hop céc s6 thuc m théa man ham s6 y =mx* —x% +1 ¢6 dang mot diém cuec tri 1a

®. (—o0;0). ®. (—;0]. ©. (0;+0). O. [0;+00).

Tim gia tri cia tham s6 m dé ham s6 y =mx* +2x*—10 c¢6 ba diém cuc tri.

@. m=0. . m = 0. © m > 0. @ m<0.

C6 bao nhiéu sé nguyén m dé do thi ham sé Y = (m—l) X +(6— m)X2 +M c¢6 dang 1 cyc tri.
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Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

®. 5. ®. 1. ©. s. ®. o.

Ham sé y=x* —mx® +1¢6 ba cuc tri khi va chi khi

®. m<0. ®. m>o0. ©. m<o. ©. m=o0.
Hams6 y=x*+mx*—m—5 (m 1a tham s6) c6 3 diém cuc tri khi cic gia tri cia m 14 ?
®. 4<m<5.  ®. m<o. ©. m>8. ©. m=1.

Tim tat ci cac gia tri ctia m dé do thi haAm s y = (m2 —1) X* +mx® +m—2 chi c6 mot diém cuc

dai va khong c6 diém cuc ticu

®. —g<m§0 ®. -1<m<o0. ©. o0<m<1. D. —1<m<%.

N £ 2 2 2 . 2 A 2 N A 3 7 2 e 2 < P
Tim tat ca cac gia tri cia tham s6 m dé ham so y = 2 x* —2mx? +§ ¢6 cue tieu ma khong co

cuc dai

®. m=>0. ®. m>1. ©. m=-1. ®. m<o.

~ 2 2 N 2 1 3 L .2 N ” .
Tim tham s6 m dé ham so y = 2 Xt —mx? + 3 ¢6 cuc tieu ma khong co6 cuc dai.

@. m=-1. . m>1. © m<0. @ m=0.

X4c dinh cac hé s6 a,b,c ctia do thi ctia ham s6 y =ax* +bx®*+c¢ biét A(1;4), 3(0;3) 1& cac

diém cuc tri ctia do thi ham s6 ?

@. a=1b=0c=3. . a:—%;b:3;c:—3.

©. a=1b=3c=-3. @. a=-1b=2c=3.
BANG DAP AN

1.D 2.B 3.D 4.C 5.B 6.B 7.C 8.D 9.C 10.D
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[ OBai 3: GIA TRI LON NHAT-NHO NHAT J

& Dang (D. Tim GTLN-NN

® Dé cho do6 thi ctia ham s6 y=Ff (x)

® Quan sat gia tri diém cao nhat va gia tri
diém thap nhat ctia do thi ham sb.

% A - Bai tap minh hoa:

Cau 1: Cho ham s6 y = f (x) lién tuc trén doan [-1;3] J;
va ¢6 dd thi nhu hinh vé ben. Goi M va m 1an luot 1a gia tri 16n nhat va nho 2
nhat clia ham s6 da cho trén doan [-1;3]. Gia tri cia M - m béang K 1

®.1
©.5

L&i giai

®. 4
D. o

<Chon C.
® Dura vao do thi ta thay:
M :r[[llf';\S)]( f(x)=f(3)=3va

mzmig]f(x)z f(2)=-2

*Vay M—-m=5.

Cau 2: Cho ham s6 y = f (x) lien tuc trén doan [—1; 1] va c6 do thi nhu hinh
vé. Goi M va m lan lugt 1 gia tri 16n nhat va nhé nhat ciia ham s6
da cho trén doan [—1;1] . Gia tri cia M —m béng

®.0.
©. 2.

®. 1.
. 3.

Loi giai
2Chon B
® T do thi ta thiy M =1m=0 nén M -m=1.

% PP nhanh tric nghiém

® Quan sat gia tri diém cao nhat va gia tri diém
thap nhat ctia do thi ham s6.

® Thuc hién phép tru.

% PP nhanh tric nghiém

® Quan sat gia tri diém cao nhat va gia tri diém
thap nhat ctia do thi ham sé.

® Thuyc hién phép tru.
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Cau 3: Cho ham s6 y=f (X) lién tuc trén doan[—l; 3] va co do Ik
thi nhu hinh vé bén dudi. Goi M vamlan lugt 1a gia tri
16n nhat va nho nhat ctia ham s6 da cho trén doan
[—l; 3] . Gia tri cia M? +m’ bing

®.15. ®. 11.
©. 4. O. 13.

Loi giai % PP nhanh tric nghiém
2Chon D). ° Quan §ét gia t}“i diém cao/nhét va gia tri diem
’ © thap nhat ciia do thi ham so.
T do thi tathiy M =2,m=-3 nén
M?+n*=13.

% B - Bai tap rén luyén:
Caul: Chohamsd y=f (X) lién tuc trén doan [—1; 2] va c6 do thi nhu hinh

vé ben.Goi M , m lan lugt 1 gia tri 16n nhat va gia tri nhé nhat ctia ham s6 da
cho trén doan [—1; 2]. Tac6 2M +m bang

®.4. ®. 0.
©. 3. ©. s.

Cau 2: Chohamsé y = f(x) lien tuc trén doan [-1;3]
va c¢6 do thi nhu hinh vé bén. Goi M va m lan lugt 1a gia tri 16n nhat
va nhé nhat ciia ham s6 da cho trén doan [-1;3]. Gia tri cia 2M + m
bang

®. 1 ®. 4
©. 5 @. o

Cau 3: Cho ham s y= f(X) lien tuc trén doan [-2;4] va ¢6 do thi nhu hinh

vé beén. Goi M va m lan lugt 1a gia tri 16n nhat va gia tri nhé nhat clia ham sé
da cho trén doan [—2; 4]. Gia tri cia M%+m® bing

®. 8. ®. 20.
©. 53. D. 65.

Cau 4: Cho ham s6 y= f(x) lién tuc trén doan [—1;2] va c6 do thi nhu hinh
vé bén. Goi M, m lan luct 14 gia tri 16n nhat va gia tri nhé nhat clia ham
s6 da cho trén doan [-1;2]. Tacé6 M +m bing

®.1. ®. 4.
©. 2. ®@. o.
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Caub5: Chohamso y=f (X) ,X € [—2;3] c6 do thi nhu hinh vé. Goi M |
m 1an lugt la gia tri 16n nhat va gia tri nhé nhat ctia ham s6 f (x)

trén doan [—2;3] .Giatri M +m la
®.6. ®. 1.
©. s. ®. s.

Cau 6: Cho ham s6 Y= f(X) lien tuc tren doan [—3;4] va c6 dd thi
nhu hinh vé bén. Goi M va m 1an lugt 1a cac gia tri 16n nhat va
nhé nhat ctia ham s6 da cho trén doan [—3;4]. Tinh M +m.

®.5. ®. 8
©. 7. ®. 1.

=

Cau 7:  Chohamsd y= f (X) lién tuc trén doan[-2;3] va ¢6 d6 thi nhu
hinh vé bén dudi. Goi M va m lan lugt 1a gia tri 16n nhat va nhoé nhat clia
ham s6 da cho trén doan[—2;3] . Gia tri cia M —m béng

®.o0. ®. 1. | |
©. 4. ®. s. N

Cau8 Chohamsd y=f (X) lién tuc trén doan[—3; 1] va c6 do thi nhu

hinh vé bén duéi. Goi M vam lan luct 1a gia tri 16n nhat va nhoé nhat cla
ham sb d4 cho trén doan[-3;1]. Gi4 tri cia 2M —m bing

®.o0. ®. 1.
©. 4. ®. s.

Cau9: Chohamsdé y=f (X) c6 do thi tren doan [—2; 4] nhu hinh vé

bén. Tim szaﬁ f (X)|

®.2. ®. |f(0).
©. 3. ®. 1.

Cau 10: Cho ham 6 f(x)lién tuc trén doan [-2;3] ¢6 d thi nhu hinh
vé dudi day.Goi m, M lan luot 1a gia tri nho nhat va gia tri 16n nhat ctia ham sé trén doan
[—2;3] . Gia tri cia 2m—3M béng:

®.-13. ®. -18.
©. -16. O. -15.
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| 1.A | 2B | 3D | 4A | 5B | 6.A | 7.Cc | 8D | 9.C | 10.B |

Dang @. Tim GTLN-NN

® Quan sat gia tri diém cao nhat va gia tri
diém thap nhat ctia do thi ham sb thong
® Dé cho BBT ctia ham s6 y=f (x) qua chi¢u BBT

% A - Bai tap minh hoa:

Caul: Chohamsb y=f (X) lién tuc va c6 bang bién thién trong doan [—1; 3] nhu hinh bén. Goi M la

gid tri I6n nhat ciia ham s6 y = f (x) trén doan [-1;3]. Tim ménh d& dtng?

X -1 0 2 3
V' + 0 - 0 +
3 4
0 1

®). M = £(0). ®. M =f(3). ©. M=1(2). ©@. M =f(-1).

Loi giai % PP nhanh tric nghiém
SChon A. ® Quan sat gia tri diém cao nhat ctia do thi
ham s6.

® Dua vao bang bién thién, ham s6 y = f (x) dat
gia tri 16n nhat bang 5 khi x=0.

Cau 2: Chohams6 y=f (X) c6 bang bién thien nhu hinh vé bén. Ménh dé nao duéi day ding?

x —oC |:| 1 -

F

y - 0 + -

]

®. Yep =9 ®. m]R!ny=4. ©. Yor =0. D. mﬂgxy:S.

Loi giai % PP nhanh tric nghiém
<Chon A ® Quan sat BBT xac dinh nhitng diém dat
biét trén do thi ma tai d6 ham s6 sé dat
GTLN hay GTNN hoic dat cuc dai hay cuc
tiéu.

® Duta vao bang bién thién:

+ Ham s6 dat cuc tidu tai Xx=0 (yCT = 4).
® Chon lya ménh dé thich hop.
+ Ham sb dat cuc dai tai x=1 (yCD = 5).

Cau3: Chohamsé y= f(x) lién tuc trén R va cd bang bién thién nhu hinh vé.
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1

X |00 - 2 +00
2

¥ + ] - 0 +

3 1
o H""‘-._ ~ -
¥ ~ g EH""-\ -~ o
T T e
1 -1

Gia tri I6n nhét caa ham sb trén R 14 bao nhiéu.

@. Maxy:—l. . Maxy=-1. @ Maxy=1. @ Max y =3.
R 2 R R R
Loi giai % PP nhanh tric nghiém
©Chon D). ® Quan sat BBT va thay gia tri diém cao

) ) nhat ctia do thi ham s6 bing 3dat tai x = 1
® Duya vao bang bién thién ta c6 ham so dat gia tri 2

16n nhat bing 3 tai x = —%.

% B - Bai tap rén luyén:

Cau 1: Chohamsoy=f (X) xac dinh trén doan[—x/g; \/§:| va ¢6 bang bién thién nhu hinh vé sau:

-3 -1 1 5
' + 0 - o +
’ 0 — 2 —~ 2 / -
Khang dinh nao sau day 1a ding?
Oyy=0- © = O megy=2. O ppy=-2

Cau 2: Cho ham s y= f(x) lien tuc trén doan [-3;2] va c6 bang bién thien nhu sau. Goi M,m lan

lugt 1a gid tri 1on nhat va gid tri nhd nhat ciia hamsd y= f(X) trén doan [-1;2]. Tinh M +m.

x| -3 -1 0 1 2
v > 0 - 0 =+ o0 -
3

N N

®.3. ®. 2. ©. 1. O. 4.

Cau 3: Chohamsb y= f(x) xac dinh trén doan [—\/5; \/EJ va c6 bang bién thién nhu hinh vé
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x | 3 -1 1 J3
' + 0 - 0 +
2 2.5
¥ o /'-"' "-\N‘- , /

Khing dinh nao sau day la ding?

. min y=0. ®. ma =2. . =24/5. . min y=1,
® (B ® BT © A V5. © R

Cau 4: Cho ham s6 y = f(x) c¢6 bang bién thién nhu sau

NN\

Gi4 tri nho nhat ctia ham s6 trén doan [-11] bing:
®.1. ®. 3. ©. -1. ®@. 0.
Cau 5: Cho ham s6 y = f (x) lien tuc trén doan [-3;2]va c6 bang bién thien nhu sau.
x | -3 -1 0 1 2
3 2
S(x) / \ /' \
-2 0 1

Goi M, m lan lugt la gia tri 16n nhat va gia tri nhé nhat ciia ham s6 y = f (x) tren

doan [—l} 2]. Tinh M +m.

®.3. ®. 2. ©. 1. ®. 4.
Cau 6: Cho ham s6 y = f () ¢6 bang bién thién nhu sau:

X | —o -2 1 3 +a0

'

¥ - 0 + 0 — 0 +

+o0 o0
4
9‘" / \
-1
-2

Khéang dinh nao sau day sai?

@.mﬂgxf(x):m ®.

=

&
S

I

4. ©. mﬂ!nf(x):—Z. O. r[ninf(x)=—1.

1,3]
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Cau 7: Cho ham sb f (X) lién tuc trén [—3; 2] va ¢6 bang bién thién nhu hinh vé bén. Goi M, m lan

lugt 1a gia tri 16n nhat va nhé nhat cia f(x) trén [-3;2]. Tmh M —m.

x -3 0 2

1
2
1
F165) /////’ //////’
0
»

®.4. ®. 5. ©. 6. O. 7.

Cau 8: Cho ham s6 y= f(x) c¢6 bang bién thien la

x | —x -1 1 2 +a0
+ 0 + 0 — 0 +
9 -+
. \ = /
-

Khéng dinh nao sau day la khang dinh dang?
(®.Ham s6 c6 gié tri 16n nhat bing %
N A P ., . 2, A N 9 < ., . 9 Z > 3
®. Hamsb co gia tri 16n nhat bang % va gia tri nho nhat bang e
(©. Ham s6 s6 ¢6 gia tri 16n nhat bing v trén doan [-1;2]
20
©. Ham s6 ¢6 gia tri nho nhat bing —g :

Cau 9: Cho ham s6 y = f(x) c6 bang bién thien 1a

xJ+I —1 0 1 +0
i -
I

/N

Khing dinh nao sau day 14 khang dinh ding?

(®).Ham s c6 gia tri 16n nhat bing 1.

®. Ham s6 c6 gia tri nho nhét 3.

©. Ham sb dat gi4 tri 16n nhat tai diém x=1.

. Téng ciia gid tri nhé nhat v nhé nhat bing 4.
Cau 10: Cho ham s6 y = f(X) c6 bang bién thien
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T — o0 -1 1 + o
y' — + _

0 0
0 1/2
Y \;1/2/ \ 0
Goi M, m lan lugt 1 gia tri 16n nhat va nhé nhat cua f (X) trén R. Tinh M —m bing

@.%. ®. —2. ©. 1. ®. o.

| 1.D | 2A | 3Cc | 4D [ 5.A | 6.A | 7.Cc | 8C | 9. [ 10.C |

X Dang 2. Tim GTLN-NN

® Quan sat gia tri diém cao nhat va gia tri
diém thap nhat clia d6 thi ham s6 thong
® Dé cho BBT ctia ham sé6 y=f (x) qua chiéu BBT

% A - Bai tap minh hoa:

Cau 1: Cho d6 thi ham s6 y = f'(x) nhu hinh vé. Ham s6 y = f (x)dat gia

tri nho nhat trén khoang [0;2] tai X bang bao nhieu?

@-X=§- . x=0.
D. x=2.

Loi giai % PP nhanh tric nghiém

SChon C ® Quan sat giao diém ctia do thi véi truc
. p hoanh dé xac dinh céc giao diém.

® Dua vao do thi cia ham soy = f (x) ta c6 BBT OAl €6 xat A cac slac diem
nhu sau: ® Xét dzfiu dao ham nhin do th/i nam trén Ox
mang dau +; duéi Ox mang dau -
— 1 0 1 + oo
y' - 0o+ 0 0 +

+ o 0 tw

®Dua vio BBT suy ra ham so y = f (x) dat gia tri nho
nhat trén khoang[0;2] tai x=1.

e Tt BBT két luan.

Cau 2: Cho d6 thi ham s6 y=f'(x) nhu hinh vé. Ham s6 y = f (x)dat gia tri
nho nhét trén khoang [-1;4]tai X bang bao nhieu?
@. X=3. . x=0.
©. x=4. D. x=-1.
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Loi giai % PP nhanh tric nghiém
SChon A e Tt BBT két luan.
® Dua vao do thi clia ham s6 y = f'(x) ta co BBT
nhu sau:
z |1 3 4
v lo - 0 +

® BBT suy rahams6 y= f(x) dat gid tri nh6 nhat
trén khoang [-1;4]tai x=3

% B - Bai tap rén luyén:
Cau 1: Cho do thi ham s6 y=f '(X) nhu hinh vé. Ham s6 y= f (X)
dat gid tri 16n nhat tren doan [1;3] tai X,. Khi do gia tri cla

xg —2X%,+2020 bang bao nhiéu?

®). 2020. ®. 2022 .
©. 2018 . ©. 2024.

Cau 2: Cho d6 thi ham sé y = f'(x) nhu hinh vé. Ham s6 y = f (x) dat

gia tri 16n nhat trén doan [—2; 2] tai X bang bao nhiéu?

@. X=2. . x=0.
©. x=-2. O. x=1.

Cau 3: Cho dd thi ham sé y = f'(x) nhu hinh vé. Hum s6 y = f (x) dat

gia tri nhé nhat trén doan [—2; 2] tai X bang bao nhiéu?

@. x=3. . x=0.
©. x=2. O. x=1.

Cau 4: Cho ham 6 y = f(x) lien tuc trén {0; %} c6 do thi ham sb

y=f (X) nhu hinh vé sau: Him s6 y = f (X) dat gia tri nho nhat tren
7 a2 . e
{O; —} tai diem x,nao duéi day?
2
@. X= O . , X = g .
©. x=3. @ x=1.
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Caub5: Chohamso y=f (X) xac dinh va lién tuc trén[—2;2] , ¢6 do thi cua y
ham s y = f '(x) nhu hinh ben. Tim gia tri x, déhamséy = f (x) dat \/
: X
gid tri 16n nhat tren [-2;2] . — 10
®. x=2. ®. x=-1.
©. x=-2. ®. x=1.
| LA | 2A | 3D | 4C | 5D |
~ Dang (4). Tim GTLN-GTNN ciia ham s6 tren doan [a;b] ™\
® Diing quy tac tim GTLN-GTNN
®. Tim cic diém x,, x,.,.... x, thuoc khodng (a ;») ma tai d6 ham s6 f c6 dao ham bing 0 hosic
khong c¢6 dao ham.
®. Tinh f(x,);f(xz);f(x3);...;f(xn);f(a);f(b)
®. So sanh céc gia tri tim duge & buée 2. s6 16n nhat trong cac gia tri d6 chinh 14 GTLN cta f
trén doan [a ;b]; s6 nhd nhat trong cac gia tri d6 chinh 14 GTNN ctia f trén doan [a:b].
e Dac biét:
*Néu f(x)doéng bién trén doan [ a; b] thi max f(x)= f(b) ; minf(x)= f(a)
[a:h] [a:p]
*Néu f(x)nghich bién trén doan [ @ ; b]thi max f(x)= f(a) ; minf(x)= f(h)
[a:p] [a:h]
eCasio: table v6i Star...; end...; step ... pht hop trén [a;b]
_J
% A - Bai tap minh hoa:
Cau 1: Gia tri nhé nhit ctia ham s6 f(x) = x*= 3x + 2 trén doan [-3;3] béng
®.0. ®. -16. ©. 20. D. 4.
Loi giai % PP nhanh tric nghiém
2Chon B ® Dung table 1ap bang véi star -3; end
3; step 0.5
o £'(x)=3¢-3 P
e Tim GTNN va GTLN
x=1e(-3;3
e f'(x)=0& [-3:3]
x=-1e [—3; 3]
o f(=3)=-16; f (~1)=4; f (1)=0; f (3) =20,
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® min f(x)=-16

[-3;3]

Cau 2: Gia tri16n nhat ctia ham sb f(X) = x’~ 3x trén doan [-3; 3] bang

®.-2. ®. 18.

Lai giai

2Chon B
e f'(x)=3x*-3
=1e(-3;3
e f'(x)=0& X e[ ]
X:—le[—3;3]

o f(-3)=-18; f (-1)=2; f (1)=-2; f (3)=18.

® maxf(x)=18
[-3:3]

Cau 3: Tim gia tri 16n nhat M ctia ham s6 y =

®.M =5. ®. M =-5.

Loi gidi
SChon C
® Ham s6 da cho xac dinh trén [0;2].

(x-3)

®Taco: y' = ~<0,vxe[0;2].

L . . 1
oGiatri lon nhat chiaham so dachola M = 3

©. 2. D. -18.

% PP nhanh tric nghiém

® Dung table 1ap bang véi star -3; end
3; step 0.5

M Ve D

f (x)=x"-3

¢ Tim GTNN va GTLN.

M v D
T fimd
23 2.5| 8.125
24| 2.75|12.548
25 | I
26|

18

X 31 trén doan [0;2].

1 1
SM=Z S M=-Z,
©. M=2 0) .

% PP nhanh triac nghiém
®Casio: Dung table

M v

_a3x—1
f(x}——x_3

M ver D

Pham vi bang
Bdau :0
Kthiac:2

ver I
fxn

x
0.0209
-0.2
-0.555

0.25
0.3
0.73

1
2
2
4

1.3

Cau 4: Giétri nho nhat ciia ham sé y = X+g trén doan [2;4] la
X

®. miny = 13
[2:4]

.miny=6. :
@ [2;4] y 2

@. r[r21;i4r]1 y=—

25
4 (2]
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Loi giai % PP nhanh triac nghiém
<Chon A eCasio: Dung table
M v D
° Y'=1—3:X2_9 f(x)=x+%
X X
' X2 9 2 M
y =0 =0 X°—-9=0 x fomd
* i < S x=3 e PR
2<x<4 7|, 2, 2<x<4 al 275\ e
6l 3.25[6.0192
3 2 6
e 1(2)=2, f(3)=6, t(4)=2.
2 4
e Viy r[g;|4r11y= f(3)=6.

% B - Bai tap rén luyén:

Cau 1: Gia tri 16n nhat cia ham s6 f 2z = 2° —3z + 2 trén doan [—L- 2] 1a

®.6. ®. 0. ©. -2. D. 2.

Cau 2: Tim gia tri 16n nhat ctia ham s6 f(x) =x° —2x* —4x+1 trén doan [1;3] )

@.r[rll%)](f(x)z—f ®. r[naxf(x)z—ll.

©. rg}%)](f(x)=—2. D. maxf(x):g.

. 1 5 . . R
Cau 3: Hiam so y= §X3 —EXZ +6x+1 dat gia tri 16n nhat va gia tri nho nhat trén doan 1;3 lan lugt

tai hai diém X, va X,. Khi dé X + X, bing

®.2. ®. 4. ©. 5. D. 3.

Cau 4: Cho ham s6 y =+/4+ X ++/4—x . Khing dinh nao sau day la dang?
(A).Gia tri 16n nhat ciia ham sb bang 4. (B). Ham sb dat gia tri nhé nhat tai x=0.
(©. Ham sb dat gia tri 16n nhat tai x=4. (D). Gia tri nhé nhat ciia ham sb bing 4 .

2
. X°—4x+7 N . . .
Cau 5: Chohamso y= 1 Goi M, m lan lugt 1a gia tri 16n nhat va gid tri nhé nhat cia ham so

trén doan [2; 4] . Tinh M +m.

A.M+m=17. ®. Mim=28 ©. Mim=13 D®. M+m=5.
3 3

Cau 6: Gia tri 16n nhat caa ham sé y = f (x) =x* —4x* +5 trén doan [-2;3] bang

®.1. ®. 50. ©. 5. D. 122.
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o2 . 2, A 2 N A X
Cau 7: Gia tri l6n nhat cia ham so y =

+3 trén doan [8;12]1&

®).15. ®. % ©. 13. D. %

3x+1

Cau 8: Chohamsbd y= c6 gié tri 16n nhét tren doan [-11] la

@.g. ®. =2, ©. %. D.

3

w (N

3x+2
X+1

®.2. % @.?. ©@. 3.

Cau 9: Gi4 tri 16n nhat cia ham s6 y =

trén [0; 2] bang

. X et .o 2X+9
Cau 10: Goi M, m lan lugt la gia tri 16n nhat va gia tri nho nhat ciia ham s6 y = 3
X+

d6 M +m bing

7 9 11 15
®.. ®. . ©. 7. ©. =.

2

| 1.A | 2¢ | 3D | 4A [ 5D | 6B | 7.Cc | 8D | 9.B | 10.C |

trén [0; 3] . Khi

- Dang (5). Tim GTLN-GTNN ctia ham s6 trén khoang (a;b)

®-Phwong phap:
®. Lap bang bién thién ciia ham s6 y = f(x) trén khoang (a;b) cho truée
Tt bang bién thién, tity theo sit thay déi gia tri ctia ham s6 suy ra két qua can tim

® Dung table lap bang v6i Star... ; end...; step ... phut hgp. Tim GTNN va GTLN

\_

% A - Bai tap minh hoa:

. . 1
Cau 1: Tim gia tri nhé nhat ctia ham so y =—X +3——2 trén nita khoang [—4; —2) .
X+

@.miny:4. ®. miny=7. ©. miny=5. D. miny:E.
[4:2) [-4:2) [-4:2) [-42) 2
Loi giai % PP nhanh tric nghiém
2Chon B

w Dung table lap bang vé6i
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® Taco: y=-1+ 1 5
(x+2)
X=-1
Xét y':0<:{ .
X=-3
Bang bién thién
x |-4 -3 -2
y' - 0 4
E +a0
y |2 \ /
7

Tu bang bién thién ta co6 miny=7.
[-4:2)

2 J—
Cau 2: Gia tri nh6 nhat ctia ham s6 f (x) = XT—x+1

star -4; end —2—10"°step 0.5
@ Tim GTNN

trén khodng (1;+o0) la

. . . . 7
@.mlnyzs. ®. min y=-1. ©. miny=>5. D. mny=——.
(L5+0) (17+0) (1:+0) _ 3
(Li4e0)
Loi giai % PP nhanh tric nghiém
<Chon A
x> —x+1 1 e Ding table lap bang véi

* f(x)= =

x-1 x-1 star 1; end 10 step 0.5
. 1 X —2X
= f'(x)=1- e Tim GTNN

I 1 2 T

) +ry +r

oTwu dé Min y=3.

(l;+oo)

2
Cau 3: Gia tri nhé nhat ctia ham s6 y=x+ 2 —(1+ \/5) trén khodng (0; +oo) 1
x

@. —1+\/§.

®. -3.

@.kh()ng ton tai.

N

D. 0.
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Loi giai % PP nhanh tric nghiém
<Chon B
eHam s6 xac dinh va lien tuc trén khoang (0;+00). ® Dung table lap bang véi
star 0; end 10 step 0.5
, 2 x*=2
y =1—?= e e Tim GTNN 14-2,9999 nén ta

chon -3

&I — oo -V

aal

*Vay (rg}jogl)ny(\/E)z—&

% B - Bai tap rén luyén:
-~ ~ A 1 ., . ? A 2 N ~ ~ N
Cau 1: Chohamso y= 1fX + ™ Gié tri nhé nhat ctia ham so trén (0;+oo) bang

®.2. ®. 2. ©.o. O. 1.

Cau 2: Tréen khoang (0;+) thihamsd y=-x>+3x+1

®.c6 gia tri 16n nhat 1a Maxy =1. ®. 6 gi4 tri nhé nhat 1a Miny =-1.
©. ¢6 gia tri 16n nhat 1a Maxy =3. D. c6 gia tri nhd nhat 1a Miny=3.S
2 - 3
Cau 3: Tim gia tri nho nhat va 16n nhat ctia ham s6 y = trén tap hop D = (—o0;—1] u{l;z}
®. max f (x) =0 khong ton tai min f (x). ®. max f (x)=0;min f (x)=—5.
D D D D
©. max f(x)=0; min f(x)=-1. O. min f (x) =0 khong ton tai max f(x).
Cau 4: Cho ham s6 y=x*—2x%+1. Khang dinh nao sau day sai?
®. Didm cuc dai ctia ham s6 1ax=0. ®). Didm cuc dai ctia dd thi ham sb 1a(0;1).
©. Ham sb khong c6 gid tri nhé nhéat. ©. Ham s6 khong ¢6 gia tri 16n nht.
- . oo X 4x-l e N
Cau 5: Tim X dehamso y= 1 dat gia tri nhé nhat trén khoang (1, +oo).

®.x=-2. ®. x=0. ©. x=2. D. x=3.
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Cau 6: Gia tri 16n nhat cia ham s6 y = 24 5 1a
X°+
®.10. ®. 3. ©. 5. ®. 2.
< . ars e X Ax-l o N
Cau 7: Tim X dehamso y= 1 dat gia tri nho nhat trén khoang (1, +oo).

®.x=-2. ®. x=0. ©. x=2. D. x=3.

2

trén tap hgp D = (—oo; —1] U{lﬁ}

Cau 8: Tim gia tri nhé nhat va 16n nhat ciia ham s6 Y = 5

®. max f (x)=0 khong ton tai min f (x). ~ ®. max f(x)=0;min f (x)=—5.

©. max f (x)=0;min f (x)=-1. ®. min f (x) =0 khong ton tai max f (x).
R . . . X2 —x+1
Cau 9: Goi M va m lan lugt 1a gia tri 16n nhat va gia tri nhd nhat cia ham s6 y = 2—1 Khi do,
X"+ X+

tich m.M bang bao nhiéu?

@.%. ®. 3. ©. % O®. 1.

Cau 10: Cho ham s6 y = c6 gié tri 16n nhat 14 M va gia tri nhoé nhét 1a m. Tinh gia tri biéu thic

x? +1
P=M?+m?

@.P:%. ®. P:%. ©. 2. D. 1.

| 1B | 2¢ | 3B | 4Cc | 5¢ [ 6D | 7C¢ | 8B | 9D | 10.B |

e Dang (6). Tim tham s6 m dé ham s6 dat GTLN-GTNN béing k .

® Diing quy tac tim GTLN-GTNN

®. Tim cic diém x,, x,,..., x, thuoc khodng (@ ;») ma tai d6 ham s6 f c6 dao ham bing 0 hosic

khong c6 dao ham.

®. Tinh f(xl);f(xz);f(x;);---;f(xn);f(a);f(b)

®. So sanh céc gia tri tim duge & bude 2. s6 16n nhat trong cac gia tri d6 chinh 14 GTLN cia f
trén doan fffft; s6 nhé nhat trong cac gia tri dé dé tim tham sé m
e Dic biét:

+Néu f(x)déng bién tren doan [ a ; b] thi max f(x) = £(b) ;min f(x) = f(a)
[a:b]

[a:b]

+Néu f(x)nghich bién trén doan [ @ ; b]thi max f(x)= f(a) ; minf(x)= f(b)

[a:b] [a:h]

eCasio: table vdi Star...; end...; step ... thich hop véi diéu kien
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% A - Bai tap minh hoa:

Cau 1: Tim gia tri nho nhat cia ham sd y=x*+a (a la tham s6) trén doan [-1;2].

@.miny:1+a.

[-12]

Loi giai
2Chon B

®. min y=a.
[-1:2]

e Ham sb lién tuc va xac dinh trén [—1; 2] .

®Taco y=2x=Yy'=0=x=0.

y(-1)=1+a.
y(0)=a.
y(2)=4+a.

® Vay gia tri nho nhat ctia ham s6

x=0.

Cau 2: Tim tat ca gia tri cia m dé gia tri nhé nhat ciia hams6 f(x) =

[1;2] béing 1

A.m=1

Lai giai
<Chon B
e Taco f'(X)=——M
(x+1)
P Y 3-
oNeu m<3: f (X)=——5
(x+1)

(1;2)
=min f(x)=f)=1

®. m=-2

bang a dat dugc khi

>0 nén ham s6 dong bién trén

*Vay min f () =1 (1) 1@"‘7”_1@m 1 (nhan)

eNéu m>3: f'(x)= 3—m2
(x+1

trén (1;2)

Dl’[rll;lzl]’l f(x)=1(2)=1

Vay min f (=1 f(2)=1&

<0 nén ham s6 nghich bién

3+m

=1 m=0 (loai)

©. miny=4+a.

[-12]

©. m=2

D. miny=0.

[-1:2]

% PP nhanh tric nghiém
® Dung Casio 580Vnx
Chon a=2

M vee

f(x)=x’+2

M vEr @
Pham vi bang
Bdau :-1
Kthac:2

2Xx+m-1
——— trén doan

% PP nhanh tric nghiém
® Dung table
® Thit gia tri m tu dap an
®Thit m=1

M \.'E'Elz +1-1
Tl
f(x)= e |

M
Tl

1.1111
1.2
1.2727

x

1.25
1.5
1.75

!
2
3
4
1

® Cac gia tri m con lai khong thoa
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% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

C6 mot gid tri my ctia tham s6 m dé ham s6 y = x>+ m? +1 x+m+1 dat gia tri nhé nhat

bang 5 trén doan 0;1 . Ménh dé ndo sau day 1a dang?

(A). 2018m, —mZ >0. ®. 2m,-1<0.
©. 6m,—mZ <0. ©®. 2m,+1<0.
2
Goi A, B lagid tri nhé nhat, gid tri 16n nhat cia ham s6 y = w trén doan [2;3]. Tim
13

tat ca cac gia tri thuc ctia tham s6 m dé A+B= >

@.mzl; m=-2. ®. m=-2. ©. m==2. D. m=-1; m=2.

Cho hamsé y =x" —3x> —9x +m c6 gia tri 16n nhét trén doan —2;0 bing 2, v6i m la tham
s6 thyc. Ménh dé nao dudi day ding?

®.m=-3. ®. m=4. ©. m=2. D. m=3.

Cho ham s6 y:x+m

thoa nlnzn y+maxy= 8, voi m 13 tham s6 thyc. Ménh dé nao dudi
x ; ;

day dang?
B).m>4. ®. 0<m<2. ©. 2<m<4. ©@. m<o0.
Gid tri nhé nhat ciia ham sd y = 2x* —3x* +m trén doan [0;5] bing 5 khi m 1a

A.6. ®. 10. ©. 7. D. 5.

2
Cho ham s6 f (X)= X—m

x v6i m la tham sb. Gia tri 16n nhat cia m dé r[roll3? f(x)=-2la
X+ ;

(A).m=5. ®. m=6. ©. m=4. ©®. m=3.
Cho ham s6 y =2x°—3x*—m. Tren [-1;1] ham s6 ¢6 gia tri nhé nhat 1a —1. Tinh m.

®).m=-6. B. m=-3. ©. m=-4. ®. m=-5.

mx -1
2X+m

®.m=7.. ®). me{7;13}. ©. me@.. ®. m=13.

Gia tri 16n nhat ctia ham s f (x)= trén doan [3;5] bing 2 khi va chi khi:

Tim m dé ham sd Yy =-2x*+3%x*+m c6 gia tri 16n nhét tren doan [0;3] bang 2021.

A). m=2022. ®. m=2020. ©. m=2018. D). m=2017.

2

£. 3 . 2 4 2 .. L % £ 2 N £ X+ ~
Tim tat ca cac gia tri ciia tham s6 m deé gia tri I6n nhat cia ham s6 y = trén [2; 4]

bing 2.

®).m=0. ®. m=-2. ©. m=2. D®. m=-4.

1.A | 2A | 3A | 4Cc | 5.A | 6. | 7.C¢ | 8A | 9.B | 10.A |
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| ¥ Dang (7). Ung dung GTLN-GTNN vao phuong trinh, bat pt chira tham sé .

®. Tim dk ctia tham s6 dé phuong trinh f(x,m)=0 c6 nghiém xe K ?

¢ Chuyén trang thai tuong giao: g(x)=h(m),xel.

eLap bang bién thién ctia g(x) trén I

*Ychbt <> xe £ (Mién gid tri cia g(x) trén 7).

<Dac biét: Phuong trinh g(x) = h(m) c¢6 nghiém yx ¢ [a:b] = min f(x)<hm) < max f(x)
[a:b] [a;b]

@.Tim diéu kién ctia tham s6 dé bat phuong trinh f(x,m)> 0 c6 nghiém (nghiém

diang v8i moi )xe K ?

®Bién d6i bpt vé dang: g(x) = h(m) (1), (g(x) < h(m),g(x) > h(m),g(x) < h(m)) ,x I .

®Bat pt (1) c6 nghiemx el < M;axf(x) > h(m).

eBat pt (1) nghiém dang v6i moi x e I < }\/{in f(x)=h(m).

®. Casio: Table: Co6lap m

. J

% A - Bai tap minh hoa:

Cau 1: Tim tét ca cac gia tri thuc clia tham s6 m dé phuong trinh x* —3x> —m=0 c6 2 nghiém phan

biét
®). Khongco m.  ®. me{4;0}. ©. me{-40. ©@. m=0.
Loi giai % PP nhanh triac nghiém
9Chon B ® Casio: Co lap m
e Tacdt X¥*=3¥*—-m=0<=x3=3x>=m. ® Tim gia tri cuc dai va cuc tidu.

e Xéthamsd y=x>-3x":
e TXD: D=R, y'=3x*-6x=0<x=0 hoiic x=2.
® Bang bién thién:

X |- 0 2

y’ + 0 — o0 +

y 0 400
» / \_4 /

e Dua vao bang bién thién suy ra m=0 hodic m=-4.

e Vaym e{—4;0}.

Cau 2: Tim tat ci cac gia tri cia tham s6 m dé phuong trinh x* —3x+4m—-1=0 c6 it nhat mot
nghiém thuyc trong [—3; 4] ?

@._—513msg. ._—51<m<¥. ©. -51<m<19. O. -51<m<109.

Loi giai % PP nhanh tric nghiém
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<Chon B
® Taco X*—3x+4m—-1=0 < —x* +3x+1=4m .
eDat f(x)=-x>+3x+1.
oTaco f(X) lién tuc trén [—3;4 .

]
Fi(x)= -3 +3 1 '(x)=0c{le

f(-3)=19, f (4) =51, f (-1)=-1 f (1) =3 .
®Suy raMax f (x) =19 khix=-3 . Min f (x) =-51 khix=4.
[-3:4] [-3:4]
ePhuong trinh x* —3x+4m—-1=0 c6 it nhit mot nghiem
thuce trong[—S; 4] khi

Minf(x)s4m§Maxf(x)©_—51$m£E.
[-3:4] [-3:4] 4 4

Cau 3: Goi S la tap tat c cac gia tri nguyén am ctia tham sé m dé phuong trinh x++/4—x* =

c6 nghiem. Tap S c6 bao nhiéu phan t?

®.10. ®. 6. ©. 4.

Lai giai
9Chon C
® Taco: x+\4—x2 =% (*) didu kien xdc dinh: ~2< x<2.

oXét hamsé f(X)=x+v4-x*, xe[-2;,2] .

X

°Co f'(x)=1- =
4—x

x>0
f'(x)=0=1- X —0i-x=x i x=+2
J 4-x°

x=—/2

o x=+2¢e[-22]

oamso6 f (X) =X++/4—x? lien tuc tren [—2; 2] ; c0 dao ham
trén (—2;2).

oVay phuong trinh (*) c¢6 nghiém
@—23%32&@—4£m£4\/§ .

oMt khac m nguyén am nén S = {—4; -3; —2;—1}

® Casio: Co lap m, dung table

® Tim gi4 16n nhat va nhé nhat
trén [—3; 4]

D. 2.

% PP nhanh tric nghiém
® Casio: Co lap m, dung table

® Tim gia tri 16n va nho nhat
tren [-2;2]
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% B - Bai tap rén luyén:

Cau 1: Tim m dé phuong trinh x*—3x—m=0 c6 nghiem x €[0;2]?
A).me(—0;-2]. ®. [-2;2]. ©. [23+). ©. Dap én khic.
( p
Cau 2: Tim m dé phuong trinh —2x°> +3x* +2m =0 c6 nghiém X € [1;+oo) ?
OLESS ®. ms<2. ©. m=<1. ©. m>-1
Cau 3: Biét me[a;b] thi phuong trinh x* —2x* +2-m=0cénghiem x [-2;0].Tinh T =b-a?
®.1. ®. 8. ©. 9. ©. 10.
Cau 4: Tim m dé bat phuong trinh 2x—1>m(x —1) nghiém dang véi moi X e [—1; 0] ?
A.m<1. .msi. ©.ng. D. mz§
2 3 2
Cau 5: Tim m dé bat phuong trinh x> —5mx+9 > 0c6 nghiém X € [1;9] ?
®.m<2. ®. m=;. ©. m=2. ©. m>¢
Cau 6: Tim tat ca cac gia tri thuc cia m dé bat phuong trinh x° +5x +7 < m nghiém ding véi moi
x e[-5;0]?
®.m=>7. ®. m>-143. ©. m=<-143. ©@. m<7.
- , 21z o 2x+1
Cau 7: Tim tat ca cac gia tri thuc cia m de bat phuong trinh >m c6 nghiém[-2;0]7
x_
5
B.m<1. .mﬁg. ©. m>-1. ©. mz-%.
Cau 8: Tim tat ca cac gia tri thuc cia m dé phuong trinh x* +2x% —1=2m c6 nghiem X € [1; +oo) ?
®.m>1. ®. m>0.. ©. m<2. D. bap an khac.
Cau 9: Tim tat ca cac gia tri thuc ciia m dé bat phuong trinh 2x* —4x* =10 > m nghiem dang v6i moi
X e(—oo;—l] ?
B.m<-12. ®. m<12.. ©. m<-8. D. med.
Cau 10: Tim tat ca cac gia tri thuc cia m dé phuong trinh vx* —2X+5+3=m c6 nghiém?
(A).m=>5. ®). m<5. ©. m<3+45. ©®. mxo0.
Cau 11: Tim tat ca cac gia tri thuc ciia m dé bat phuong trinhv5—4X +1<mnghiém dang v6i moi
xe[-L1]?
A).m>4. ®. m>2. ©. m<3. D@. m=1++5.
Cau 12: Tim tit ci cac gia tri thyc ciia m dé bat phuong trinhv/4— X +2018 < m ¢6 nghiém?
(A).m>2018. (®). m>2020. ©. m<2021. ©@. m<2022.
1.B 2.A 3.C 4.D 5.C 6.A 7.A 8.A 9.A | 10.A | 11.A | 12.A

St-bs -Edit Word: FB: Duong Hung - Lién hé file word xinh Zalo: 0774.860.155 63




Full chuyén dé On thi Tn 2021- HS TB-Yéu hiéu qud cao

[ <Bai 4. PUONG TIEM CAN ]

ﬁ Dang (1). Tim tiém can bang dinh nghia, bang bién thién hoac dd thi. ﬂ

©® Dinh nghia:

lim y =y,

¢.Ham s6 y = f(x) thda man 1 trong cac DK: | *7™ = y=y, dugc goi la TCN.
lim y =y,
I lim y =400
lim y =~

¢.Ham s6 y = f(x) théa méan 1 trong cdc DK: | " = x =x, dugc goila TCD.
lim y = +o0
lim y =—0

® Dua vao bang bién thién hay do thi suy ra tiém can:
¢ Néu x =0 ma y — y, (mot sd) thi y=y, 1a TCN.

¢ Néu x — x,( mot s6) mad y —+eothi x =x, la TCD.

N\ J

% A - Bai tap minh hoa:

Cau 1: Cho ham s6 y=f(x) c6 lim f (x)=0 va lim f(x)=+w. Ménh deé nao sau day la ménh de
diang?
@. Do thi ham sd nam phia trén truc hoanh.

(B). Db thi ham s6 ¢6 mot tiem can ding 1a dudng thing y=0.

(©. D& thi ham s6 c6 mot tiem can ngang 1a truc hoanh.

(D). Db thi ham s6 khong c6 tiem can ngang.

Loi giai PP nhanh tric nghiém
SChon C e Sit dung DN, khi [ {5 - ma (40
e lim f(x)=0=y=0 titc truc hoanh la TCN. la TCN.

Cau 2: Cho ham s6 y= f(X) xdc dinh tréen R\{-1}, lién tuc trén méi khoang xac dinh va c6 bang

bién thién nhw hinh vé.
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T | -w -1 1 +
y' + + 0 -
3 2

Khing dinh nao duéi day ding?

(A). Db thi ham s6 da cho c6 hai tiem can ngang.
(B). Db thi ham sb c6 tiem can diing x=2.
(©. Gia tri l6n nhat ciia ham s6 1a 3.

(D). Db thi ham s6 khong c6 tiem can ding.
Loi giai % PP nhanh tric nghiém

SChon A ® Quan sat BBT khi | = hay

® Khi Xx—>—0=y—>1nén y=11a TCN. X = X, dé suy ra tiém can.

® Khi X >40=y—>-1nén y=-11a TCN.

Cau 3: Cho d6 thi mot ham s ¢6 hinh vé nhu hinh duéi day. / ‘ s

Héi do thi trén c6 bao nhiéu duong tiem can?

®. 4. (B). Khong c6 tiem can. ——J o r‘d

©. 2. D. 3 {

Loi giai % PP nhanh tric nghiém
SChon A ® Quan sat nhanh tur do thi.
e D thi ham s6 ¢6 2 TCN 1a y=0; y=b va 2 TCD la
X=a.

Cau 4: Cho hamsb Y = f(X) c6 bang bién thien nhw hinh vé dudi day. Héi do thi ctia ham s6 da cho

¢6 bao nhiéu duong tiém can?

3.1
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Loi gidi
<Chon B
® Dya vao bang bién thién ta co:
+ XI_I)n; f (X)=—o0, suy ra dudng thang X =—2 1a tiém can
ding ctia do thi ham sb.
+ ,!I_)T f (X) =+o0, suy ra dudng thing x =0 1a tiém can
ding ctia do thi ham sb.
+ JLFEO f (x)=0, suy ra dudng thang y =0 la tiem can

ngang ciia do thi ham sé.

oVay do thi ham s6 c6 3 dudng tiem can.

% B - Bai tap rén luyén:

% PP nhanh triac nghiém

® Quan sat nhanh tit BBT, st dung
dinh nghia dé thay do thi c6 2 tiem can
ding, 1 tiém can ngang.

Cau 1: Cho ham s6 y=f(x) ¢6 dd thi (C) va lim f(x)=—o0, lim f(x)=-2. S6 tiem can ngang

X—>—00

cua (C) 1a

®. o. ®. 2. ©. 1.

X—>+00

D. 3.

Cau 2: Cho hamsé y=f(x) ¢o lim f (x)=+00 va lim f (x)=2. Ménh dé nao sau day dang?

x—1" Xx—1"
(. Db thi ham s6 khong c6 tiem can. (B). D& thi ham s6 c6 tiem can ding X=1.
(©. Db thi ham s6 c6 hai tiem can. (D). Db thi him s6 c6 tiem can ngang y=2.

Cau 3: Cho ham s6 y = f(x) xac dinh tren R\{-1}, lien tuc trén méi khodng x4c dinh va c6 bang

bién thién nhu hinh vé.
@ —aC -1

+ oo

y' + +

Khang dinh nao duéi day sai?

k| o~

®. pa thi ham s6 da cho c6 hai tiém can ngang 1a y=1 va y=-1.

(B). Db thi ham s6 ¢6 tiem can ditng x=-1.

(©. D& thi ham s6 c6 3 dusng tiem can.

(D). D& thi ham s6 da cho c6 hai tiem can ding la Xx=1 vi x=—1.

Cau 4: Cho hams6 y = f(X) c6 bang bién thién nhu bang duéi day

f'(z) I
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Cau 5:

Cau 6:

Cau 7:

Cau 8:

Trong cac khang dinh sau, khang dinh nao ding?

(). Db thi ctia ham s6 y = f(x) c6 dung 2 tiém can ngang va khong c6 tiém can ding.
. Do thi cia ham sb y = f (X)cé ding 1 tiém can ngang va 1 tiém can ding.

(©. Db thi ciiaham 6 y = f (Xx)co ding 2 tiem can ngang va 1 tiém can ding.

(D). Db thi ciia ham 6 y = f (x) khong c6 tiém can ngang va 1 tiém can ding.

Cho ham s6 y = f(x) xéc dinh tréen R\{0}, lién tuc trén méi khoang xac dinh va c6 bang bién

thién nhu sau:

T —00 0 1 +oo
Y - + 0 -
+0o0 2
y \ / \
—1|] —o0 —00

Héi d6 thi ham s6 trén c6 bao nhiéu duong tiem can?
®. o. ®. 1. ©. 2. D. 3.

Cho ham s y = f (x) lien tuc trén R | c6 bang bién thién nhu hinh sau:
x | —oo -1 1 2 + o0

y' -

Il + 0 + |l
+ o0 2
y \ / \
3 —4

Trong cac ménh dé sau, ménh dé nao sai?

(). Ham s6 c6 hai diém cuc tri.

(B). Ham s6 ¢6 gid tri 1on nhit bing 2 va gid tri nhd nhat bing 3.

(©. Db thi ham s6 c6 dting mot dudng tiém can.

(D). Ham s6 nghich bién trén mdi khoang (—OO;—l), (2;+00) .

Cho ham s6 f(x) =ax*+bx*+¢ c6 do thi nhu hinh vé. H3i dd thi ham sé f (X)c6 bao nhieu

duong tiém can?
-~ y

ARNYS

(0]

®. 0. ®. 1. ©. 3. D. 4.

Cho d6 thi hamsé y=f (X) nhu hinh vé duéi. Chon khing dinh sai?
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r
Ty

(). Db thi ham s6 ¢6 tiem can ding x=-1. (B). Db thi ham s6 ¢6 tiem can ngang Yy =2.
(©). Db thi ham sb c6 ba duong tiém can. (D). Db thi ham s6 ¢6 hai duong tiém can.

Cau 9: Chohamsd Y= f(X) ¢6 dd thi nhu hinh vé duéi day. Hoi d6 thi hamsd y = f (X) c6 tiem can

ngang la?
ty

-

/ ° .
-2

B. y=1va y=-2. B. y=-1va y=-2.
@. y=1lvay=2. @ y=2.

Cau 10: Cho ham s6 Y = f(X)c6 bang bién thién nhu sau:

T |- 2 +00

f(x) - -

f(x) \ \
—0 -5

Tdng s6 tiém can ngang va tiém can ding ciia do thi ham s6 da cho la

®. 4. ®. 2. ©. 3. D. 1

|l 1.c | 2B | 3D | 4Cc | 5B | 6B | 7.A | 8C | 9.A | 10.B |
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K— K Dang (2). Tim sb tiém can ctia nhitng ham s tudng minh thudng gap. \

®-Phwong phap:

©® D6 thi ham da thitc khong c6 tiém can.

® Ham phan thitc dang y = @ +b (¢#0; ad—bc+0)
- ex+d

o Db thi ham 56 luon ¢6 1 TON 1a y =< va 1 TCH x=-2.

¢ ¢
® Tim tiém can ngang ctia ham phan thic y = fg_x;
g(x

+ Néu bac tit bé hon bac mau c6 TCN 1ay =0.
+ Néu bac ctia tt < bac ctia mau thi do thi c6 TCN.

¢ Néu bac ctia tit > bac clia mau hodc ¢6 tap xdc dinh la 1 khoéng hitu han (a;b) hodc

[a:b] thi khong 6 TCN.
N\ J
f(x) \

© Tim tiém can ding ctia ham phan thic y= T
- a(x

% Ham phan thtic ma mau c6 nghiem x =X, nhung khong la nghiém ctia ti thi do thi
6 tiém can ding X = X, ( voi dk ham s6 xac dinh trén khodng K\{x,};x, e K ).
®. Tim nghiém mau g(x) =0.
¢+ Mau g(x) =0 v6 nghiém = d6 thi ham s6 khong c6 TCD.

¢ Mau g(x) =0 c6 nghiém X, .

@. Thay X, vao tit,néu f(x,) =0 = lim % =+oo thi ta két luan x = x, 1a TCD.
o 9(X

®. Thay X, vao tit,néu f(x,) =0 (ttc la x, 1a nghiém cta c tt va mau thi ta tinh

f (%)

lim —=2 (diing may tinh Casio dé tinh gi6i han).
x>% 9(X)

o Néu tim 20— o thi ta kbt luan x=x, la TCD.
x-x 9(X)

¢ Néu lim % # oo thi ta két luan x = x, khong 1a TCD.
x> g(X

N\ J
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% A - Bai tap minh hoa:

-3x+1

Cau 1: Do thi ham s6 y =
X+2

c6 cac dudng tiém can ditng va tiém can ngang lan lugt 13

D). x=-2 va y=-3. ®. x=-2 va y=1.

©. x=-2 va y=3. D. x=2 va y=1.
Loi giai % PP nhanh tric nghiém
9Chon A ® Déthay x=-2 va y=-3.
® TCD x=""=-2;TCN y=_T3=—3. *TCD: nghicm mau
+TCN: Heé s6 truée x chia nhau
~ A N LN ~ 2, ~ 2 X . ~ A X+1 N
Cau 2: S0 duong tiém can ding va ngang ctia do thi ham so y = ax_2 bang
X"—oX—
®. 3. ®. 2. ©. 1. ®. 0.
Loi giai % PP nhanh tric nghiém
2Chon B ®Vi bac tit bé hon bac mau c6 TCN la
X+1 y=0.
o lim—>22 —0=y=0 Ia TCN.
x>0 X °—3X — 2 x?-3x-2=0 [x=2x=-1
. = =>X=2.
. X+1 . x+1 X+1=0 x=-1
o lim————=-1Llim————=+»
oL XT=3X—2 xo2 XT=3X~2 eSuy ra do6 thi ham s6 c6 1 TCD
® Suyra x=2 la TCD. X=2.
Cau 3: Do thi ham s6 nao ndo sau day khong c6 tiém can ding?
1 1 X—3 3x-1
® y=-1 @yl @ y-P3 @y
X X“+2x+1 X+2 x° -1
Loi giai % PP nhanh tric nghiém
SChon C e ®. TCD x=0.

® Mau c6 nghiém X =-2 nhung n6 khong phai gia tri xac
dinh ctia ham s6 nén dd thi ham sb khong c6 TCD. e B. TCD x=-1.

e D). TCD x=+1.

w C6 thé dimng Casio kién tra.

IX+4-2 I

2 a
X"+ X

®. 3. ®. 0. ©. 2. D. 1.

Cau 4: So tiem can ding ctia do thi ham s6 y =
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Loi giai % PP nhanh triac nghiém

@Chon C ® Nghiém mau

® Tap xdc dinh D=R\ —-1,0 .

X 4+x=0<x=0x=—1.

® Thay nghiém mau lén ti:

®Tacod lim —‘Xj4_2: I 11. x+4-2 =+00. x =0 la nghiém ctia phuong
x— -1+ x— -1+
XX X+ X trinh X4 —2=0. Nen dudng
— — théng x =0 khong la tiém can
lim Nx+4-2 lim 1 _ xt4-2 = —00. diing ctia do thi ham s da cho.
xo-17 X2 X x—-17| X+1 X

® Vay do6 thi ham s6 da cho c6

®Do d6 duong x =—1 1a tiém can ding ctia do thi ham s6 da duy nhat mot tiém can ding 1a

cho. x=-—1.
o Ix+4a—2 1 1 ® C6 thé dung Casio kién tra
®Taco lim— =lim =—. nhanh.
=0 X EX 0 x41 Jx+4+2 4

®Do d6 duong x =0 khong 14 tiém can ditng ctia do thi ham
s6 da cho.

eVay do thi ham s6 da cho c¢6 duy nhat mot tiém can ding 1a
duong x=-1

% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

—X
X+3

®. x=2. ®. x=-3. ©. y=-—1. D. y=-3.
Duong thang x=3, y=2 lan lugt I tiém can ding va tiém can ngang ctia do thi ham s

2Xx—-3 3 3x-1 2Xx—-3
M. y= . ®. y=""12. ©. y= - D. y= —

X_
X+3 X+3 X

la

Tiém can ding ctia do thi ham s6 y =

—oX . N [N ~ . NEPN ~ N <
> c6 cac duong tiém can ding va tiém can ngang lan lugt 1a
X+

W, x=-2 va y=-3. ®). x=-2 va y=1.
©. X=-2va y=3. @ Xx=2 va y=1.

Do thi hamsé y =

Do thi ctia ham s6 nao duéi day co ca tiem can ditng va tiém can ngang?

2_
Byox T @y L @ yexiams O y-2rk

2X + 2x2 +1°

Duong tiém can ngang ciia do thi ham s6 y = 3 c6 phuong trinh la

®. y=0. ®. y=-2. ©. x=3. D. x=-2.

. « 2 2 \, N ~ P < N ~ o by . N £ X - 2
Tim toa do giao diem ctia dudng tiém can ding va tiém can ngang ciia do thi ham so y = ——.

X+2
®). (2:1). ®. (-2;2). ©. (-2-2). ©. (-21).
D6 thi cia ham s6 ndo sau day khong c6 dudng tiem can ding va tiém can ngang?

3x—2 2.2 1
®. y=log, x. ®. y=2—2. ©. y=2X=2X D.

x—1 X—2 x2+1
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Cau 8 Chohamso y= 2X—+12 Khing dinh nao sau day ding?

(A). Db thi ham s6 ¢6 tiem can ngang la y :% )
X . N S 2 PN ~ 2, N 1
. Do thi ham so6 c6 tiém can ding la x==.
2
(©). Db thi ham s6 ¢6 tiem can ngangla y = —% )

(D). Db thi ham s6 ¢6 tiem can ngangla y=2.

JX—2+1

X2 —3X+2

®. 4. ®. 1. ©. 3. D. 2.
Jix

x% + 3x

®. 0. ®. 1. ©. 3. D. 2.
Va4 —x?
x> —3x—4
®. 3. ®. 0. ©. 2. . 1.
X2 +2
X—3

®. 4. ®. 2. ©. 1. D. 3.

Lai giai

Cau 9: S6 duong tiém can ding va tiém can ngang ctia do thi ham s6 y = 1a

Cau 10: Do thi hamsd y=

c6 bao nhiéu duong tiém can ding?

Cau 11: S6 duong tiém can ctia do thi ham s6 y = 14

Cau 12: S6 duong tiém can ctia do ham sé y =

x—4

Cau 13: Toéng s6 cac dudng tiem can ding va tiém can ngang ctia do thi ham sé y = 1 13
X —

®. o. ®. 3. ©. 1. D. 2.

Cau 14: D6 thihamsé y= 2)(——7 c6 bao nhiéu dudng tiém can?
X“+3x—-4
®. o. ®. 3. ©. 1. . 2.
. \ ) X2 —3X+2
Cau 15: Tong so duong tiém can ding va tiém can ngang ctia do thi ham so y = I la
- X

®. 2. ®. 1. ©. 3. D. 4.
X4 x+1

®. 3 ®. 1 ©. o D. 2
5X+1—+/x+1

X2 —2X

®. 0. ®. 1. ©. 2. D. 3.
—*/m_3 1a

X2 + X

Cau 16: Chohamsoé Y= . S6 dudng tiém can ctia do thi ham s6 1a:

Cau 17: D6 thihamsé y=

c6 tat ca bao nhiéu duong tiém can?

Cau 18: S6 duong tiém can ctia do thi ham s6 y =
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®. 3. ®. 4. ©. 2. O. 1.
—m_l 1a

Cau 19: Tong s6 duong tiém can ding va duong tiém can ngang ctia do thi ham sd y=—; 32
X" —oX—

®. 1. ®. 2. ©. 4. D. 3.
Jx+3-2

x? -1

®. 3. ®. 1. ©. 2. D. 0.

Cau 20: S6 cac duong tiém can ding ctia do thi ham s6 y = la

1.B 2.D 3.A 4.B 5.A 6.D 7.C 8.A 9.D 10.B
11.D | 12.D | 13.C | 14.C | 15.A | 16.A | 17.C | 18.C | 19.D | 20.B

— Dang (3). Tim gia tri ctia tham s6 dé do thi ham s6 ¢6 s6 tiem can thoéa diéu kien

®-Phwong phap:

®. Dua vao dinh nghia dudng tiém can, cic tinh chat vé tiém can ctia ham s6 thuong gip va
cac kién thiic lien quan dé giai quyét bai toan.
ax+h
ox+

®. Do thi ham s6 y =

(ad —bc #0) co6 tam doi xting la giao diém cta 2 tiém can.

L J

% A - Bai tap minh hoa:

2 X . 2 N A mx
Caul. Tim m de do thi ciahamso y=

c6 dudng tiem can ding di qua diém A(3; 2) .
X+m

®. m=-2 B. m=2. ©. m=3. ®. m=-3.

Loi giai % PP nhanh tric nghiém
<Chon D ® Thay Xx=3 vao mau suy ra
m=-3.

e Viad—bc=m?+1%0 néncé6 TCD x=-m .

A(32)ex=—-m=m=-3.

X+1

————— ¢0 tiém can ngang
X —=2X+m

Cau 2. Tim tat ca cac gié tri cia tham s6 m dé do thi ham sé y =
ma khong c6 tiém can ding.
®. m>1 ®. m<1. ©. m>1. D. m<1.
Loi giai PP nhanh tric nghiém
<Chon A ® D6 thi ham s6 khong c6 TCD
e Dths c6 TCN y=0. khi mau vo nghiém.

e Casio thit m dé PT
® Dths khong c6 TCD x> —2X+Mm vo nghiém X2 =2X+m=0 vo nghiém.
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SA=1-m<0em>1.

. . . ) . S i1 a1 . X+1 P
Cau 3. Tim tat ca cac gia tri thuc ctia tham s6 m sao cho do thi cia ham s6 Y = ——=———= c6 hai
Jmx? +1
tiém can ngang
(A). Khong c6 gid tri thic nio ciia m théa man yéu cau dé bai ®. m<0
©. m=0 ©. m>0
SChon D % PP nhanh tric nghiém

Xét cac truong hop sau:
®V6i m=0: ham s6 tré thanh y = x+1 nén khong c6 tiém can
ngang.
oV5i m<O:
X+1 X+1

Jmx? +1 ) \/1—|m|x2

suy ra khong ton tai gi6i han lim y hay ham s6 khong c6 tiém
X—>to0

® Loai ngudc bang cach thay
nhanh dap an vao méu s6 dé xac
dinh 2 tiém can ngang.

hamsé y= c6 tap xac dinh 1a

can ngang.
oV5i m>0:
Ta co:
o N 1+1
elim— X jim XL im X)__ 1
X—>—0 , 2 X—>—00 X—>—00 )
M +1 —X m+i2 m+i2 m
X X
1+1
lim x+1 X+1 _ lim x) 1
X—>+0 / 2 X—>+o0 X—>+o0
mx* +1 X m+—2 m+—2 \/E
X X
s 2 e e . 1 1 .
®Vay ham so0 c6 hai tiém can ngang la: y=——;y =——— khi
m Jm
m>0.

x-1

mx? —8x+2

Cau 4. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé dd thi ham s6 y= c6 dung

bén dudng tiém can?

®. 8. ®. 6. ©. 7. D. Vo 6.

Loi giai % PP nhanh tric nghiém

Chon B ®Do thi co dung hai duong tiem

R ) can ngang khi m>0.
eDicu kien: mx°—8x+2>0.
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eNhan thay do thi ham s6 da cho c6 diing bén dudng tiém can | ®Do thi ham s c6 dung hai duong

khi do thi ¢c6 ding hai duong tiem can ngang va hai duong tiem can ding khi mx? —8x+2=0
tiem can dimng. ¢6 hai nghiém phan biét khac 1
®Do thi ham s6 ¢6 dang hai duong tiém can ding khi m=0 M=0'm=6
mx® —8xX+ 2 =0 ¢6 hai nghiem phan biet khéc 1 <116-2m>0 < {m <8

m=0 m-8+2=0

m=0;m=6
<4916-2m>0 < <8 .
< ~ - . - . -
m—8+2=%0 oVay me{1,2,3,4,5,7}
X _1 ~ X . , - . < o ~
= nén do thi c6 dung hai duong tiém can
-
X X

ngang khi m> 0.

®Vay do thi ham s6 da cho c6 dting bén duong tiém can khi do
thi c6 diung hai dudng tiém can

ngang va hai duong tiém can ding <

me{1;,2;3;4;5;7}

ma meZ nén

{0<m<8

% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

. X+2
Cho ham so Y=

®. 1(-2;3). ®. 1(1;3). ©. 1(3;-2). @. 1(3:0).

2X+2

c6 do thi (C). Toa do giao diém | ciia hai duong tiém can ciia (C) la

Cho hamsé Y=

6 do thi (C). Toa do tam do6i xting | cta (C) la

®. 1(2;2). ®. 1(-1:2). ©. 1(2;-1). @. 1(1;2).

Tim tat ca cac gié tri cia tham s6 m dé do thi cia ham sdy = c6 tiém can ding

X+m

@. m=—3. . m=3. © m=3. @ m=-3.

mx —8

Tim tat ca cac gia tri thuc ctia tham sé6 m dé do thi ham s6 y = c6 tiem can ding

®. m=4. ®B. m=—4. ©. m=—_a4. D. m=4.

mx+1

Tim gié tri ctia tham s6 m dé do thi ham sdy = nhan duong thang y=1 lam tiém can

ngang

@. m=4. . m=—4. @ m=-2. @ m=2.

3x+1
m—2x

Tim gi4 tri ctia tham s6 m dé do thi ham sé Y = nhan duong thang x=1 lam tiém can

ding

@. m=3. . m=-3. © m=-2. @ m=2.
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Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Tim tat cac cac gia tri ctia tham s m dé do thi ham s6 y = 6 tiém can ditng ndm bén

X—m
phai truc tung

@.m<0. .m>0va m;«tg. @.m>0. @.m>0va m;t—%.

e e mx
Tim m de do thi cia ham so Yy =

c6 duong tiem can ding di qua diém A(2; —3) .

®. m=-2 ®. m=2. ©. m=3. D). m=-3.

(1-m)x-1
2X+m

®. m=-4 ®. m=2. ©. m=3. ®. m=-3.

Tim m dé do thi ctia ham s6 y = c6 duong tiem can ngang di qua diém A(2;-1).

2X+1
2X—m

Tim m dé do thi ham s6 y = c6 duong tiem can ding cit duong thing d:y=—-x+1
tai diém A(1;0)

®. m=-4. ®. m=-2. ©. m=3. D. m=2.

L s . . ax+1
Biét ring do thi ham s6 y = +
X

¢6 tiém can ding la X =2 va tiém can ngang la y=3.

Hieu a—2b c6 gia tri la

®. 4. ®. 0. ©. 1. D. 5.

. mx+1 | . . 2, N . h AN 1 ls
Cho hamso y = v6i tham so m#0 . Giao diém cta hai dudng tiém can ctia do thi ham

s6 thuoc dusng thang c6 phuong trinh nao dusi day?

™. 2x+y=0. ®. y =2X. ©. Xx—2y=0. D. X+2y=0.

(m+1)x+2
Xx—n+1
va tiém can ding. Tinh gié tri biéu thic P=m+n.

®. P=2. ®. P=-1. ©. P=0. D. P=3.

(2m—n)x® +mx+1

Cho ham oy = . D6 thi ham s6 nhan truc hoanh va truc tung lam tiém can ngang

Biét do thi ham s6 y = , (m,n 1a tham s6) nhan truc hoanh va truc tung

x> +mx+n-6
lam hai dudng tiém can. Tinh m+n.

®. -6. ®. 9. ©. 6. D. 8.

X+2

———— ¢0 tiém can ngang ma
X°—4x+m

Tim tat ca cac gia tri ctia tham s6 m dé do thi ham sé y =

khong ¢6 tiém céan ding.

A). m>4 ®. m<4. ©. m>4. D. m<4.
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2 2
. i i ) . N . X" —mx—-2m° .
Cau 16: Tim tat ca cac gia tri thyc ciia tham s6 m sao cho do thi ham so y = —2 c6 duong

tiém can ding.
[m % —2

®. Khong ¢c6 m thoa man.
m=1

©. {m¢—2. D. meR.

m=1

Cau 17: Tim tat ca cac gié tri cia tham sé m dé do thi ctia ham s6 y = c6 hai tiém can ding

x> 4+m

®. m<0; m=-1  ®. m<0. ©. m>0; mz1. ©. m<-1.

X+2
X2 +2X+m?*—=3m

Cau 18: Tinh téng S cac gia tri nguyéen duong ciia tham s6 m dé do thi ham s6 y =
c6 3 tiém can.

®. S=6. ®. $=19. ©. s=3. D. S =15.

mx—
2

®. m=0. ®. m=1. ©. m=-1 ®. m=+1.

Cau 19: Tim m dé do thi ham s6 y= c6 dung hai dudng tiém can?

Cau 20: D6 thi ham s6 y=X+3+Vx*+x+1

5
@. Cé tiém can ding x=-3. . Cé tiém can ngang Yy = E )

©. s tiém can ngang y=-3. D. Khong c6 tiém ngang.

1.D 2.A 3.A 4.B 5.C 6.D 7.B 8.A 9.C 10.D
11.C 12.C 13.C 14.B 15.A 16.C 17.A 18.C 19.D | 20.B
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[N Bai 5: PO THI HAM SO BAC BA J

K Dang (1). Nhan dang ham sb bac ba khi cho dé thi ham sé.

®-Phatong phdp: Chu y cac dic diém nhan dang sau:

® Quan sat dang do thi, cha § cac hé s6 a >0; a<0

® Diém ubn: bén phai truc oy: ab<0; bén trai truc oy: ab>0

e Cac giao diem dic biét v6i truc oz, 0y.

e Cha y diém cuc tri: ac<0: c6 2 diém cuc tri ndm vé 2 phia truc tung oy.

)

y=ax’ +bx* +cx+d (a #0) a>0

a<()

o ®y'=0 ¢6 2 nghiém phan
biet

(3] ®y'=0 vd nghiém

y Y

2) ®y'=0 c6 nghiém kép S >
O‘ / T O‘ \ L
UA YA

\_

% A - Bai tap minh hoa:

Cau 1: Duong cong trong hinh vé bén dudi 1a do thi ctia mot trong bén ham
s6 dugc liet ke 6 bon phuong an A, B, C, D duéi day.

Ho6i ham s6 do6 14 ham s6 nao?
A. y=—x’-3x+1. ®. y=x'-x>+3.

@. y=x'-3x+1. @ y=x"-3x+1.
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Laoi giai
SChon C

e Do thi ham s6 da cho 1a ctia ham s6 bac ba cé hé sé6 a >0 nén

% PP nhanh triac nghiém
® Quan sat nhanh hé s6 a

e Nhin dang do thi

phuong an ding 1a ham s6 y = x —3x+1.

Cau 2: Duong cong trong hinh bén 13 do thi ctia ham s6 nao duéi day ?
D). y=—x+1. B®. y=-4x3+1. ‘
©. y=3x"+1. D. y=-2x+x2.
-1 o 1 X
Loi giai % PP nhanh triac nghiém

SChon A

e Ta thay do thi chita A(L;0), B(0;1), C(-12) nén thay toa do
cac diém nay vao dap an co6 két luan do thi 1a ctia ham sb6
y=-x+1.

e Nhin dang do thi bac ba a<0

® Cha ¥ cac giao diém dac biét

Cau 3: Duong cong trong hinh bén 1a do6 thi ctia mot ham s6 trong
bén ham sé dudc liet ké § bon phuong an A, B, C, D duéi day. Héi y
ham s6 d6 1a ham s6 nao?

o \ x

% PP nhanh triac nghiém
e Nhin déing db thi bac ba a<0

®.
®.

B, y=—x>+3x. y=x*—x*+1.

©. y=—x*+3x-1. y=x>-3X.

Lai giai
SChon A

® Duta vao dang diéu do thi suy ra ham bac ba cé heé sda<0. e Cha § do thi di qua gbc toa do

Loai dap an B va D.

®Vi do thi di qua gbc toa do nén loai dap an C.

% B - Bai tap rén luyén:

Cau 1: Duong cong trong hinh sau 1a do thi cia mot ham s6 trong bon ham
s6 dugce liet ke & bon phuong an A, B, C, D duéi day. Hoéi ham s6 do

14 ham s6 nao?

®.
®.

A, y=-x*—3x+1. y=—x+3x+1.

©.

y=x>-3x+1. y=—x"+3x*+1.

St-bs -Edit Word: FB: Duong Hung - Lién hé file word xinh Zalo: 0774.860.155 79




Full chuyén dé On thi Tn 2021- HS TB-Yéu hiéu qud cao

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Duong cong trong hinh bén 1a hinh dang do thi ctia ham s6 nao?

@D, y=—x3+3x+1. ®.
©. y=-x2+x-1. .

Duong cong trong hinh vé bén dudi 13 do thi clia mot trong bon
ham s6 dugc liét ké & bon phuong an A, B, C,D duéi day. Hoi
ham s6 do6 14 ham s6 nao?

@B. y=-x*+3x>-2. (®.
©. y=x*+3x*-2. .

y=x"—x*+1.

y=x>-3x+1.

y=x*-3x*-2.
y=-x>"-3x"-2.

Do thi hinh bén 13 do6 thi ctia ham s6 ndo trong cdc ham sb sau

D). y=—x*+3*+1  ®.
©. y=x*-3x+1 .

y=x"-3x-1

y=—x"-3x"-1

Duong cong trong hinh bén 13 hinh dang do thi ctia ham s6 nao?

@®. y=—x¥+3x+1. ®.
©. y=-x+x-1. .

Duong cong 6 hinh vé bén dudi 1a ctia do thi ham s6 nao?

y=x*—x"+1.

y=x>-3x+1.

@®. y=x*+3x-4. ®.
©. y=-x-4. D.

y=x>-3x"+2.

y=-—x"+3x*-2.
D6 thi sau day 13 ctia ham s6 nao?

D). y=x*-32+4. ®. y=—x*-3x’-4.
©. y=x*-3x-4. D.

y=-x+3x*-4.

Duong cong trong hinh vé bén 1 do thi ctia ham s6 nao

trong cac ham s6 duge cho béi cac phuong 4n

A, B, C, D duéi day?

B). y=2x>+1. ®.
©. y=x+1. ®.

y=x>+x+1.

y=—x>+2x+1.

y
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Cau 9: D6 thi nhu hinh vé 13 do thi ctia ham s6 ndo dudi day?

D). y=x*-3x+4. B®. y=—x*+3x"—4
©. y=x*-3x*-4. 0.

y=—x>-3x*—4.

®@.

\Y
2
1
10\ 1 [2=
-1
—2
Ay
2
1
-1/ O] 1 2 /3 =z
-1
—2

| 1.B | 2D | 3Cc | 4Cc [ 5D | 6B | 7.D | 8C | 9.B | 10.D |

Dang 2. Bién luan s6 nghiém ctia phuong trinh bing d6 thi ham sb

®-Phwong phap:

¢Bién luan s6 nghiém ctia phuong trinh f (x) = g(m) duge
quy vé tim s6 giao diém ctia do thi ham s6 v :f(x)(C)
va duong thang (d) y= g(m) .

¢C6 2 cach bién luan sé nghiém ctia phuong trinh:

len hodc xudng trén truc tung.

\§

(©):y=[(x)

\

\/

sdn do thi): ta dwa vio su tinh tién ciia duong thing (d): y = g(m) theo huéng

©. Bién luan s6 nghiém clia phuong trinh f(x) = g(m) bang do thi ( khi bai todn cho

@®. Bién luan s6 nghiém ctia phuong trinh f(x) = g(m) bang bang bién thien ( ba:

\

J

% A - Bai tap minh hoa:
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Cau 1: Cho ham s y = f (X) ¢6 bang bién thién nhu sau:

x —ab -2 3

S6 nghiém ctia phuong trinh f (X) -2=01a
®. 1. ®. 2
Loi giai

<9Chon B
® Tacbh f(X)—2=O<:>f(X)=2.

e Tt bang bién thién ta suy ra phuong trinh f (X) =2 ¢6 ba

®. o.

% PP nhanh tric nghiém
® Vé duong thang y =2

® Quan sat thay 3 giao diém

nghiém phan biét.
Cau 2: Cho ham s6 y=ax®+bx*+cx+d ¢6 do thi nhu hinh ben dudi. Iv
Hoi phuong trinh ax® +bx® +cx+d +2=0 c6 bao nhiéu nghiem? /\

®. Phuong trinh ¢6 ding mot nghiém.
®. Phuong trinh c6 ding hai nghiém.

D. Phuong trinh c¢6 ding ba nghiém.

Phuong trinh khong c6 nghiém.

Lai giai
2Chon B

® Ta c6 phuong trinh < ax® +bx* +cx+d =—2.

©S6 nghiem phuong trinh bang s6 giao diém ctia dudng thing
y =—2 va do thi ham s6 y=ax® +bx* +cx+d.

oTir do thi ta thiy c6 ba giao diém. Vay phuong trinh c6 ba
nghiém.

% PP nhanh tric nghiém
® Vé dudng thang y=-2

® Quan sat thay 3 giao diém
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Cau 3: Cho ham s y = f(x) lién tuc trén doan [—2;4] va c6 do thi nhu

hinh vé bén. S6 nghiém thyc ctia phuong trinh 3f(x) —4=0 trén

doan [—2;4] la
®. 1.
©. 2.

Lai giai

SChon D

® Ta co: 3f(x)—4=0<:>f(x):

®S6 nghiém ctia phuong trinh da cho bing s6 giao diém ciia do

thi ham s6 y = f(x)va dudng théng y = 4

o Xét trén doan [—2;4], duong thing y =

y = f(x)tai ba diém.

eVay phuong trinh 3f(x) -4 =

[2:4]

Cau 4: Tim m dé d6 thi ham s y =

®. o.
. 3.

Ly |
G

% PP nhanh tric nghiém

® V& duong thang vy = %

[SSHIN

® Quan sat thay 3 giao diém

3

S

0co6 ba nghiém trén doan

x® —3x% —m cat truc hoanh tai 3 diém phan biét?

®. m<-4. ®. me[-4,0]. ©. me(-40). ©. m>o0.
Loi giai % PP nhanh tric nghiém
@Chon C e Colap m:
® Tap xac dinh: D=R. x2=3x>=m
y' = 3x% —6X. ® Casio tim gia tri cuc dai va cuc
tiéu
eBang bién thién:
T — o 0 2 + 0
y' + 0 — 0 +
—mn + o
)
— oo
—m—4
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-m>0
-m-4<0

OY%c%bmmmHMaMi{ < -4<m<0.

% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cho ham s6 y = f(x) xac dinh, lién tuc trén R va c¢6 bang bién thien nhu hinh duéi day. Do
thi ham s6 y = f (x) cit dudng thing y=-2021 tai bao nhiéu diém?

X —o0 -1 0 1 +00

Y + 0 - 0 + 0 -
e
®. 2. ®. 4. ©. 1. ©. o.

Chohamsbé y=f (X) lién tuc trén doan [—2; 4] va co6 do thi nhu

y

hinh bén. S6 nghiém thuc ciia phuong trinh 3f (x)-5=0 trén
doan [0; 4] 1a

®. 1. ®. 2.

©. s. D. o.

Cho ham s6 y = f(x) c6 bang bién thién nhu sau:

T |—00 -1 3 400
Y + 0 - 0 +
4 +00
—00 9

S6 nghiém ctia phuong trinh f(x)-2=0 la

®. 2. ®. 3. ©. o. D. 1.

Cho ham s6 y = f(X) ¢6 d6 thi nhw hinh vé. S6 nghiem cila phuong trinh 3f (x)-4=0 1a

®. 1. ®. 3.
©. o. D. 2.

Cho hamsé f (X) =ax®+bx?+cx+d (a, b,c,d e R) c6 do thi nhu hinh vé bén. S6 nghiém thure

cua phuong trinh 4f (X) +3=0 la
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®. 3. ®. 2.

©. 1. D®. o. /\ 2

Cau 6: Cho ham s6 y= f(X) c6 bang bién thién nhu sau:

!

Yy + 0 — 0 +

Tap tat ca cac gia tri cia tham sé m dé phuong trinh f (X) =m c6 ba nghiém phan biét &

. (4;+x). ®. (-0;-2). ©. [-2:4]. D. (-24).

1y
Cau 7: Chohamsd f(X) c6 do thi nhu hinh ben. S6 nghiém thuc ctia phuong _,_1 1 z/ 3

trinh f? (X)—1= 0 bang \
23
®. 3. ®. 6.

©. 4. D. 1.

Cau 8: Cho hamsd f(x)=ax’+bx*+cx+d (a#0) c6 do thi nhu hinh

vé. S6 nghiem ctia phuong trinh 3f (x)-1=0 bing

®. 0. ®. 1.
©- 2. @ 3. 1 2 g

Cau 9: Do thi sau day la ctia ham sd Y= —Xx° +3x* —4. Vi gia tri ndo

ctia m thi phuong trinh X° —3%* +m =0 c6 hai nghiém phan biet. Hay chon cau tra 15i dang.
m=0 m=—4

m=-—4
. ©®. m

m=0

®.

I
o

©.

Cau 10: Tim s6 gia tri nguyén ctia m dé phuong trinh x®—3x*+1-m=0
c6 3 nghiém phan biét:

®. 4. ®. 3. ©. 2. ®. o.

| 1A | 2B | 3B | 4B | 5A | 6D | 7.C | 8B | 9.A | 10.B |
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~ K Dang (3). Su tuong giao ctia 2 d6 thi (lién quan dén toa do giao diém) _\

®-Phuong phap: Cho 2 hamsé y = f(x),y=g(x) c6 dd thi lan lugt 1a (C) va (C”)

. Lap phuong trinh hoanh do giao diém ctia va : f(x) = g(x) , (1) !
®. Giai phuong trinh (1) tim x tit d6 suy ra y va toa do giao diém. -
©. S6 nghiem ciia (1) bing sb giao diém ctia hai dd thi %"‘0
y=r(x),y=g(x). -8

®- Casio: Solve, table, giai phuong trinh co ban
\_ J

|
i
X

% A - Bai tap minh hoa:

Cau 1: C6 bao nhieu giao diém cta dd thi ham s6 y = x> +3x—3 véi truc Ox ?

®. 2. ®. 3. ©. o. D. 1

L&i giai

Loi giai % PP nhanh tric nghiém
<Chon D ¢ Casio
e Taco y =3x"+3>0;vxeR, hamsé y= f(x) luon dong
bién trén R
® Bang bién thién
— too
y' +

—+o00
y //

—0

® Vay d6 thi ham sé y=x>+3x-3 va truc Ox c6 1 giao diém.

Cau 2: Biét ring duong thing y=-2x+2 cit do thi ham s6 y = x>+ x+2 tai diém duy nhét cé toa
do (X,; Y, ). Tim Y,

®. Y, =0. ®. Yo=4. ©. Yo=2. . Yo =-1.

Loi giai % PP nhanh tric nghiém
SChon C ¢ Casio

® Ta c6 phuong trinh hoanh do giao diém
x3+x+2:—2x+2c>x3+3x:0<:>x(x2+3):0©x:0

eSuy ra toa do giao diém la (0; 2).
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Cau 3: Cho hams6 y=2x>-3x*+1.¢6 dd thi (C)va dudng théng (d) : y=x-1. Tim s6 giao diém

cua (C) va (d)

®. 3. ®. 2. ©. o. D. 1.

Loi giai % PP nhanh tric nghiém

SChon A ¢ Casio

® Xét phuong trinh hoanh do giao diém cta (C) va (d ):

23 —3x*+1=x-1 <=2 -3x* +1-x+1=0

X =1
S 2 -3 —x+2=0 < | X, :1+;/1_7.
1-17
%=

ePhuong trinh ¢6 3 nghiém phan biét nén (C) va (d) ¢6 3

giao diem.

% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Db thi ctia ham sé Y= x> +2 va dd thi ctia ham s6 y=x+2 ¢6 tit ca bao nhiéu diém chung.
®. 1. ®. o. ©. 3. O©. 2.

Cho ham sb y=2x>-3x*+1 6 do thi (C) va duong thing d : y = x—1. S6 giao diém ciia (C)
va d la

®. 1. ®. 3. ©. o. ©®. 2.

Dudng thing A c6 phuong trinh y=2x+1 c&t dd thi ciia ham s6 Y =X’ —X+3 tai hai diém
A va B v6i toa do duge ki higu lan lugt 1a A(X,;Y,)va B(Xg;Yg) trong d6 Xz <X,. Tim
Xg + Vg .

B. X +Yy =5 B®. X;+yg=—2 ©. x;+ys=4 ©. Xg+yg=7

S6 giao diém ctia do thi ham s6 y = (X+3)(X* +3x+2) vdi truc OX la:

®. 0. ®. 3. ©. 1. D. 2.

Biét ring duong thang y =2x—3 va do thi ham sd y = x>+ x* +2X—3 ¢6 hai diém chung phan

bigt A va B, biét diem B c6 hoanh do am. Tim X;.
A. x5 =-1. ®. x,=-5. ©. xg=-2. D. x,=0.

Tim tat ci cac gia tri ciia tham s6 m dé do thi ham s6 y = x* —3x® cit dudng thing Yy =m tai
ba diém phan biét.
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Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

®. me (—oo;—4). B®. me (0;+oo) )
©. me(—oo;—4)u(0;+oo). D. m e(—4;0).

Cho ham s6 y = (x—2)(X* —5x+6) ¢6 dd thi (C). Menh dé nao dusi day ding?

M. (C) khong cat truc hoanh. ®. (C) cit truc hoanh tai 3 diém.
©. (C) ct truc hoanh tai 1 diém. D. (C) cit truc hoanh tai 2 diém.

Tim toa do giao diém | ctia do thi ham s6 y=4x>—3x v6i duong thing y=—x+2.
®. 1(2:1). ®. 1(22). ©. 1(12). ©. 1(1).

Gia st A va B la céc giao diém ciia dudng cong y = x> —3x+2 va truc hoanh. Tinh do dai
doan thing AB.

®). 6+5. ®. 442. ©. 3. D®. 543.
Cho ham s6 y=2x°—3x*+1 c6 do thi (C) va duong thing d:y=x-1. Giao diém ciia (C)
va d lan lugt 1a A(L0), B va C. Khi do do dai BC la

®. BC=@. ®. BC=@. ©. BC=@. . BC=£.
2 2 2 2
Do thi ctia ham s6 y = x® —x va do thi ham s6 y = x* =X c6 tat ca bao nhiéu diém chung?

®. 0. ®. 2. ©. 1. D. 3.

D6 thi ctia ham s6 y = x> +2x* —x+1 va do thi cia ham s6 y = x> —X+3c6 bao nhiéu diém
chung?

®. 1. ®. 3. ©. o. D®. 2.

C6 bao nhiéu gia tri nguyen ctia m dé do thi ham s6 y = 2x* —6x*> —m+1 luon cit truc hoanh
tai ba diém phan biét?

®. 2. ®. 3. ©. 7. ®. 9.

Tim tat ca cac gia tri thuc clia tham sé6 m dé d6 thi ham s6 y=x>—3x*4+2 C cit duong
thang d : y =m(x—1) tai ba diém phan biét X, X,, X.

®. m>-2. ®. m=-2. ©. m>-3. ®. m=-3.

Cho ham s6 y = x*—3mx* +3(2m-1)x+1(C,_). Véi gia tri nao cia tham s6 m thi duong thing
(d):y=2mx—4m+3 cit d6 thi (C,) tai ba diem phan bigt?

®. me(—oo;O)u(g;+oo)\{§}. ®. me(O;g).

©. me (g;+oo). @ Khong c6 gia tri m thoa méan.

1.C 2.B 3.A 4.B 5.A 6.D 7.D 8.D 9.C 10.B

11.B | 12.A | 13.C | 14.C | 15.A
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K‘ X Dang @. Xac dinh hé s6 a, b, c, d tit do thi ham s6 bac 3. }—\

& Tich s6 ab: Xac dinh vi tri diém udn
& Tich s6 ac: Xac dinh vi tri hai diém cuec tri
® ac>0: do thi ham s6 khong c6 cuc tri

® c=0: do thi c6 1 cyrc tri ndm trén truc tung

W He s6 d: Xac dinh giao diém véi truc tung.

g

®-Phwong phdp: Cha y cac dac diém nhan dang sau:
WHe s6 a: Xac dinh dang di len hay di xudng ctia do thi

® Quan sat dang do thi, cha § cac hé s6 a >0; a<0

e Diém ubn: bén phai truc oy: ab<0; bén trai truc oy: ab>0

® ac<0: c6 2 diém cuc tri ndm vé 2 phia truc tung oy.

® d>0: giao diém ctia do thi v6i truc tung ndm trén goc toa do O
® d<0: giao diém ctia do thi v6i truc tung ndm dudi gbe toa do O

® d=0: giao diém ctia do thi v6i truc tung trimg véi gbe toa do O

% A - Bai tap minh hoa:

Cau 1: Cho ham sé bac ba f (x)=ax’+bx*+cx+d (a, b, ¢, deR, a=0)co dd

thi nhu hinh v& bén.Ménh d& nao sau day dung?

y /
®. a>0,b=0, c>0, d<0. ®. a>0,b>0,¢c=0,d<0. \O/ =
©. a>0,b<0,c=0,d<0. D. a<0,b<0,c=0,d<0.

L&i giai
9Chon B
lim y = —co . . . .
eTacoh: {7 = a>0. Do thi ham so6 cat tryc tung tai diem
lim y=+o0

X—>+0

c6 tung d6 am = d <O0.

eVi d6 thi ham sb cd hai diém cuc tri, ta c6 y' =3ax’ +2bx+c=0
c0 hai nghiém phan biét x, X,:

2b c
+X,=——<0=b>0; xx,=—=0=¢c=0.
X X 3a X X, 3a

eViy a>0; b>0;c=0;d<0.

% PP nhanh triac nghiém

® D6 thisuyra a>0.

e Do thi ham sb cét truc tung tai
diém c6 tung do am = d <0.

¢ Diém ubn beén trai oy: ab>0
=Db>0.

e Cuyc tri nam trén truc tung ¢ =0
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Cau 2: Chohamsd y=ax®+bx®>+cx+d c6 do thi nhu hinh bén. Khang

dinh nao sau day ding ?

@. a<0,b<0,c<0,d <0. . a<0,b>0,c>0,d>0.
©. a<0,b>0,c<0,d>0. D. a<0b>0,c>0,d<0.
Loi giai

9Chon D

® Nhin d6 thj ta c6: lim y=—ow nén a<0.

DG thi ham s6 cét truc tung tai diém (0;d) ndm dudi truc hoanh
nén d <0.

eHam s6 c6 hai diém cuec tri trai ddu nén y'=3ax® +2bx +c c6 hai
nghiém trai dau, ma a<0nén c>0.

Caul: Cau3: Hamsé y=ax®+bx?+cx+d co do thi nhu hinh v& bén.
Ménh dé nao dudi ddy dung trong cac ménh dé sau:
®. ad <0,bc <0, ®. ad>0,bc>0.
©. ad<0,bc>0. D. ad >0,bc <0.
Loi giai
9Chon D

e D) thi ham s6 cat Oy tai diém A(0;d) nén d > 0.

limy=+c0=a>0=ad>0(1)

X—>+00

2b

Taco: y' =3ax’+2bx+c=0=> X +Xcp ="
a

e Vi hai diém cuc trj cia do thi ham sé da cho nam ¢ goc phan tu
tha nhat.

Do dé : —@>O:>b<0
3a

eTacd y'=0 co 2 nghiém duong phan biét nén

c

Xr X =—>0=¢C>0
CT *"*CD 3a

eSuy ra: bc<0

% B - Bai tap rén luyén:

¥

°| N
N

% PP nhanh tric nghiém
® D6 thisuyra a<0, d<0

e D) thi ham s c6 2 diém cuc tri
trai ddu ac<0=c>0.

e Diém ubn bén phai oy: ab<0

=b>0.

% PP nhanh tric nghiém
® Do thisuyra a>0, d>0

e D6 thi ham s ¢o 2 diém cuc trj
cuing du ac>0= ¢ >0.

¢ Diém udn bén phai oy: ab<0

= Db<0.Suyra ad >0,bc<0.
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Ham s6 y=ax®+bx* +cx+d c6 dd thi nhu hinh vé ben. Menh dé nao sau
day la dang?

@. a<0,b<0,c<0,d <0. . a>0b>0,c>0,d<0.
©. a>0b>0,c<0,d>0. D. a>0b<0,c<0,d>0

Cho ham s6 y =ax®+bx? +¢cx+d c6 do thi nhu hinh vé dusi day
Meénh dé nao sau day ding ?

. a<0,b>0,c<0,d>0. B. a<0b>0c<0,d>0.
©. a<0b>0,c<0,d>0. D). a<0b>0c<0,d>0

Cho ham s6 y = f(x) =ax® +bx* +cx+d c6 dd thi nhu hinh vé &
bén. Ménh dé nao sau day diang?

®. a>0,b>0,c>0,d>0.
®. a>0,b>0,c<0,d>0.
©. a>0,b<0,c>0,d>0.

0]

D. a<0,b<0,c>0,d<0.

Ham s6 y=ax® 4+bx* +cx+d c6 do thi nhu hinh vé ben duéi:
Khing dinh nao la ding?

M. a<0, b<0, c<0, d<0.

©. a>0,b>0,c<0, d>0.
©®. a>0,b<0,c<0,d>0.

®. a>0,b>0,c>0, d<0. /\
/'10

Cho ham s6 y=ax®+bx*+cx+d c6 do thi nhu hinh bén. Ménh
dé nao sau day la menh dé dang?

@. a,d >0:b,c<0. .a,b,d >0;c<0.
©. acd>0b<0. D). ab,c<0:d>0.

Cho d6 thi ham s6 bac ba y=ax®+bx*+cx+d c6 d6 thi duge bidu
dién nhu hinh vé bén dudi. Nhan xét dung vé dau ctia cic hé s6 1a.

®. a<0,b<0,¢c<0,d <0. ®B. a<0b>00c¢>0,d<0.

©. a>0b<0c<0d<0. @. a>0b>0c<0d<0. \
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Cau 7: Cho ham s6 y=f (X) c6 do thi nhu hinh vé bén. Khang dinh nao ,

sau day la dang?
A). f(1,5)<0< f(2,5). ®. f(15)<0,f(25)<0. i~z 3

©. f(15)>0,f(25)>0. ®. f(15)>0>f(25). 0/ <~ =
y=f(x)

Cau 8: Cho ham s6 f(x)=ax®+bx’*+cx+d c6 do thi nhu hinh vé ben.
Meénh dé nao sau day dang?

ya
A. a<0,b<0,c<0,d>0.

®. a>0,b>0,c<0,d>0.

©. a>0,b<0,¢c<0,d>0. | o
@®. a>0,b<0,¢c>0,d>0.

Cau 9: Chohamsd y=x’+ax’+bx+c (a,b,CeR)c() d6 thi nhw hinh vé.

Khang dinh nao sau day sai?
1 I xr
8)
A). a+b+c=-1.
. a+c>2h.
©. a+b?+c®=11. -4
D). abc>0.

Cau 10: Cho do thi ham s6 y=ax®+bx*+cx+d c6 do thi nhu hinh vé. ménh
dé ndo sau day dang?

a>0,b<0,c<0,d>0.

a<0,b<0,c>0,d<0.

a<0,b>0,c>0,d<0.

©0 e

a<0,b>0,c<0,d <0.

| 1.D | 2A [ 3Cc | 4D [ 5.A | 6B | 7D | 8B | 9.B | 10.C |

Huéng dan giai
Caul: TXD: D=R; y' =3ax’ +2bx+c.
 Dua vao do thi ta thay

e limy=—0=2a>0 loai A

X—>—0

* Do thi cit truc tung tai diém c6 tung do 16n hon 0=d >0 loai B
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Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Xep T Xep =—— >
. X -10 cb =~ 7eT b<0
* D6 thi c6 o0 €(-10) 3a :»{ (doa>0) loai C
Xor >1 0 c<0

Xep-Xer = 3a

» Ta c6: y' =3ax® +2bx+c . Quan sat do thi ta thay ham sb c6 hai diém cuc tri.
*Goi X, X, 1a hai diém cuc tri ctia ham s6 thi X, X, 1a hai nghiém ctia phuong trinh y'=0.

+X, =—
X+ X, 3a
A

X, = —
XX =g

* Theo dinh li Viet ta co6:

*Quan sat do thi ta thay:

* D6 thi ¢6 nhanh ngoai cing di ra —o nén a<0.

-b
—>0
X . . . 3.2 . S ~ P 3a a>0 b > 0
* D06 thi c6 hai diém cuc tri ndm bén phai Oy = —){ .
c c<0
—>0
3a

+ D6 thi ham sb cét truc tung tai diém c6 tung do duong nén d >0.
*Vay a<0,b>0,c<0,d>0.

Do thi ham s6 di qua cac diém A(0;1), B(L;5) va C(3;1) va dat cuc tri tai cac diém B va C
f'(x) =3ax* + 2bx+c. Ta co

f(0)=1 d=1 a
f()=5 a+b+c+d=5 b=-6
, = =
f@=0 3a+2b+c=0 c
f'(3)=0 |27a+6b+c=0 |d
* Dua vao hinh dang dd thi ta khéng dinh duge a>0.
* Do thi cét truc Oy tai diém c6 toa do 0;d . Dua vao do thisuy ra d >0.
* Ta c6: y' = 3ax® +2bx+c. Ham s6 c6 hai diém cyc tri X, X, X <X, trai dau nén phuong
trinh ¥’ =0 ¢6 hai nghiém phan biét X, X, trai dau. Vi thé 3a.c <0, nén suy ra ¢<0.
C % >-1
* Mat khac tu do thi ta thay « 51 nén X +Xx, >0.

2

*Ma X1+X2=3—ab nén suy ra _3—2b>02>b<0.

*Vay a>0, b<0, c<0, d>0.

Do thi ¢6 dang trén thitacé a>0. Giao diém ctia do thi véi Oy nim phia trén OX nén d >0
Ham s6 ¢6 2 diém cyc tri X;;X, théa man X +X, >0=>b<0;xx, <0=c<0.
* Vi lim =—o0 nén a<0.

X—>+00

*Giao diém (O;d) ctia do thi v6i truc tung ndm phia trén Ox nén d >0.
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*Ta co: y' =3ax* +2bx+cC.

Tt d6 thi suy ra phuong trinh y' =0 phai c6 hai nghiém trai dau va tong hai nghiem 13 s6

L.
. 13a ac<0
duong. Thc la: < .
-2b ab<0
—>0
3a

*Via<0nén b>0,c>0.

Cau 7: *Dua vao do thi ta thay f(1,5)>0 va f(2,5)<0.

Cau8: +Taco f'(x)=3ax’+2bx+c
+ Nhin dang do thisuy ra a>0.
+ Giao diém ctia do thi va oy tai diém cé tung do duong suy ra d >0.
+ Hai diém cuc tri ctia ham s6 trai dau nen pt f'(x) = 3ax® + 2bx +c¢ = 0 c6 hai nghiem trai

dau =3ac<0=c<0.

+ Ta cod _—b<0:>b>0.
3a

Cau 9: -« Tap xac dinh ciahamsé D=R
y'=3x*+2ax+b.
*Ta c6 dd thi ctia ham sb6 qua diém (0,—4)=>c=-4.
+D06 thi ciia ham s6 qua diém (1,0)=0=1+a+b-4<a+b=3 (1).
*Ham s6 dat cyc dai tai x=1=y'(1)=0<3+2a+b=0«<2a+b=-3 (2).
*Tu (1) va (2) suyra a=-—6,b=9.
*Do d6 a+c=-10, 2b=18.

Cau 10: * Cho x=0= y=d <0. Loai phuong an A
* Dyra vao hinh dang do thi suy ra a<0.
« Ma y'=3ax® +2bx+c
Do thi ¢6 hai cuye tri trai ddu = 3a.c<0=>¢ >0. Loai phuong 4n D

» Mat khac XCT<xCD:>xCT+xCD>0:>_3—2b>O:>b>O.
a
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[W Bai 6: PO THI HAM SO TRUNG PHUGNG J

K Dang (1). Nhan dang ham sb triing phuong khi cho d6 thi ham sé.

/’

®-Phatong phdp: Chu y cac dic diém nhan dang sau:

cuc tri
e C4c giao diém dac biet véi truc oz, 0.

¢c>0: giao diém truc tung nim trén 0
¢c<0: giao diém truc tung nidm duéi 0
¢ c=0: giao diém truc triing véi 0

® Quan sat dang do thi, chii ¥ cac hé sé a >0; a<0.

e Cha y diém cuc tri: ab<0:ham s6 c6 3 diém cuc tri; ab>0: ham s6 c6 1 diém

y=ax*+bx’* +c

(a #0) a>0 a<0
D.y'=0c63 /\/\
nghiém phan o x

biét néu ab <0 \/"\/ x

oroa | [

dang 1 nghiém - - > -
néu ab>0 \ j
% A - Bai tap minh hoa:
Cau 1: Duong cong trong hinh vé bén 1a do thi clia ham s6 nao trong cac \ y I
ham s6 sau: -1 .

@.y:x;z. ®.y=x"-2x*-2.
X+1

©. y=—x*+2x-2. D. y=x*-2x?-2.

Lai giai

PP nhanh tric nghiém

SChon B e MAt nhanh nhin dang d6 thi v6i a>0

®Do thi trén 14 do thi clia ham tring phuong c6
hé s a duong nén titr cic phuong an da cho ta
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suy ra do thi trén 14 do thi ctia ham s6
y=x"-2x*-2

Cau 2: Do thisau day la ctia ham s6 nao?

A.y=x*+2x*-3. ®.y=x—3x*-3
©. y=x*—2x*-3. D. y:—%x4+3x2—3.
Loi giai PP nhanh tric nghiém
2Chon C e M#t nhanh: 3 diém cuc tri v6i a<0.

eD6 thi co: lim y=+oco = D sai.

X—+00

eHam s6 c6 cac diem cuc trila: x=0, x=4+1

= A, Bsai.
Cau 3: Do thisau day 1a do thi ctia ham s6 nao? v
AN/
P,y =—x*+2x2+1 ®.y=—x*+2x2. T o 1| %
©. y=x*—2x2. D. y=x*—-2x>+1.
Loi giai PP nhanh tric nghiém
2Chon B e MaAt nhanh.

®Dua vao do thi tathdy a<0,c=0

nén chi ¢6 dap an B thdéa man.

Cau 4: Duong cong trong hinh vé sau 13 do thi ctia ham s6 nao duéi day?

@.y=—x4—2x2+3. .y=x4+2x2—3.

©. y=—x*+2x>+3. D). y=—x*+3.
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Loi giai PP nhanh tric nghiém

9Chon A e M:it nhanh: 1 cuc tri véi a<0.

Tt do thi ta coé nhan xét:

lim y =—o0 loai phuong 4n B

X—>+0

*Do6 thi giao v6i truc hoanh tai hai diém c6 toa
do (—1;0); (I;O)loai phuong an C, D

% B - Bai tap rén luyén:

Cau 1: Duong cong trong hinh 13 do thi ctia ham s6 nao duéi day?
A).y=-—2x"+3x*-5. B.y=—x*+x*-1.
©. y=-x*+2x2-1. D. y=—x*+3x*—4.

Cau 2: Duong cong trong hinh vé bén 1a do thi ctia ham s6 nao trong cac
ham s6 sau:

X—_Z. ®.y=x*-2x"-2.
x+1
©. y=-x‘+2x-2. . y=x*-2x"-2.

Cau3: Chohamso y=f (X)cé do6 thi nhu hinh vé bén. Biét rang y = f (X)
14 mot trong bén ham dude dua ra trong cac phuong an A,B,C,D
dudi day. Phuong an nao trong cac phuong an duéi day la dang?

@, f(x)=-x"+2x>. ®.f(x)=x"+2x".
©. f(x)=x"-2x". ©. f(x)=-x"+2x"-1.
Cau4: Chohamso y=f (X) c6 do thi (C) nhu hinh vé. Khiang dinh nao
sau day la sai?
A).Db thi (C) nhan Oy lam truc déi xing.

(B).(C) cit Ox tai 4 diém phan biet.
(©. Ham s6 c6 3 didm cuc tri.
(D). Ham s6 dat gia tri 16n nhat tai X = +2 .

Cau 5: Hinh vé sau day 1a do thi ctia ham s6 nao?

A,y =—x*-2x2. B).y=—x*+3x?+1.
©. y=—x*+4x. D). y=x*-3x.

Cau 6: Ham s6 nao sau day c6 do thi nhu hinh bén?
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Cau 7:

Cau 8:

Cau 9:

Cau 10:

W.y=—x*+2x>+1. ®.y=—x*—2x*+1.
©. y=x*-3x*+1. . y=x*-2x2+1.

yA

Duong cong & hinh vé bén duéi 1a do thi clia ham s6 nao
duéi day?

A.y=—x*+4x2+2. ®.y=x"-3x>+1. v v

©. y=x*-4x*+2. O. y=x*+4x2+2.

D6 thi hinh beén 1a ctia ham s6

A.y=x*-2x2+2. B.y=-x*+2x2. /.\1

©. y=x*+2x2. D). y=—x*+2x2-2. 1o
Duong cong trong hinh bén duéi 14 do thi ctia ham sé nao trong 4 -1
ham sb sau: L

@ X4 2 X4 2
.y:T—Zx -1. .y=——+2x -1.

4
4 4 2
Xt X' X
L y=—-—=x"-1. L y=——-——-1.
©.y=- ©. y=-7
Cho ham s6 y = f(X) c6 bang bién thién nhu hinh vé bén duéi
X | —o -1 0 1 40
V' - 0 + 0 - 0 +
+00 -3 +0
y
\_4 / ) /
Ham s6 y = f(x)1a ham s6 nao sau day?
A).y=—x*+2x?-3. .y:—%x4+3x2—3.
©. y=x*+2x*-3. D). y=x*-2x*-3.

Cau 11:

Cau 12:

Ham s6 nao sau day c6 do thi nhu hinh bén?

@.y:—x4+4x2+3. .y:—x4+2x2+3.

©. y:(xz—Z)z—l. D. y:(x2+2)2—1.

D6 thi ham s6 trong hinh bén dudi 14 d6 thi cia ham s6 nao?
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A.y=x*+x*+1. ®.y=—x"+x2+1.
©. y=-x*-x+1. ©. y=x'-x*+1.

ry

/N

1.C | 2B | 3A | 4B | 5.C | 6,A | 7.C | 8B | 9.A |10.D | 11.C | 12.C

Dang (2. Bién luan s6 nghiém ctia phuong trinh bing d6 thi ham sb

®-Phwong phap:

¢Bién luan s6 nghiém ctia phuong trinh f (x) = g(m) dugc b

quy vé tim sb giao diém clia d6 thi ham sé y = f(x)(C) // \\ //\\

va duong thing (d): y=g(m). 7 \ i
/ Ve \

¢C6 2 cach bién luan s6 nghiém ctia phuong trinh:

sin do thi): ta dua vao st tinh tién ciia duong thing (d):y = g(m)theo huéng

len hodc xudng trén truc tung.

todn cho sin bdng bién thién hodc tu zay dung)

N\

©. Bién luan s6 nghiém ctia phuong trinh f(x) = g(m) bang do thi ( khi bai todn cho

®. Bién luan s6 nghiém ciia phuong trinh f(x) = g(m) bing bang bién thién ( bas

J

% A - Bai tap minh hoa:
Cau 1: Chohamsoé y=f X lién tuc trén R va c6 bang bién thién nhu sau:

X | =00 3 5 7 +00
y' + 0 - 0 + 0 -

y _w/?’\l/s\_w

Phuong trinh f X =4 ¢6 bao nhiéu nghiém thuc?

®).4. ®.2. ©. 3. @. o.
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Lai giai

SChon B

®Dira vao bang bién thién ta thiy phuong trinh
f X =4 c6 bao nhiéu nghiém thuec.

Cau 2: Cho ham s6 y= f(x) lién tuc trén R va c6 do6 thi 6 hinh ben. S6

~J31a

nghiém duong phan biét ciia phuong trinh f (X) =

®.3.
D. 4.

L&i giai

®.1.
©. 2.

SChon C

®S6 nghiém duong phan biét ctia phuong trinh
f(x)= —/3 12 s6 giao diém c6 hoanh do duong
phan biét cia do thi ham s6 y = f (x) va duong

thing y = 3.

*Do thi ham s6 y = f (x) nhu hinh vé, dudng
thing y = —/3 song song véi truc Ox v cat truc
Oy tai diém c6 toa do (0;—\/5)

*Suy ra phuong trinh f (x)=-v3 ¢6 2 nghiem
duong phan biét.

Cau 3: Cho ham s6 y = f(x) lien tuc tréen R va ¢6 do thi nhu hinh
vé dudi day. S6 nghiem thuc ctia phuong trinh 4f (x)-5=0

% PP nhanh triac nghiém
*Vé nhanh dudng thing y=4

% PP nhanh tric nghiém

*Vé& nhanh dudng thang y = -3

la
X
@.4. .3. »
©. 2. D. o.
Loi giai % PP nhanh tric nghiém
<Chon A ) 5
on ¢ Vénhanh duong thang y = 2
4f(x)-5=0c f(x):%.
S ax e ) . S
*Duya vao do thi ta c6 phuong trinh f (x)= 7 €0
4 nghiém phan biét.
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Cau 4: Cho hams6 y = f(x) c6 do6 thi nhu hinh vé. Phuong trinh f (x)-1=0

c6 may nghiem?

®.2. ®.3.
©. 1. D. 4.

Loi giai % PP nhanh tric nghiém

2Chon D e Vénhanh dudng thang y=1.

°Taco: f(x)-1=0< f(x)=1.

*Do thi ctia ham s6 y = f (x) c&t duong théng
y =1 tai bon diém phan biét.

*Vay phuong trinh f(x)-1=0 c6 4 nghiém.

% B - Bai tap rén luyén:

Cau 1:

Cau 3:

Cau 4:

Cho ham s6 y = f (X) c6 do thi nhu sau

S6 nghiém ctia phuong trinh 2 f (X) -3=0 la
®.0. ®.2. I S
©. 4. ©. 1. / , \

=Y

Cau2:  Cho hams6 y= f(x) lien tuc tréen R va c6 do thi nhu
hinh vé duéi day :S6 nghiém thyuc ctia phuong trinh 4 f (X)—5 =0 At

I
®).4. ®.3.
©. 2. D. o.

Cho ham s6 y = f(X) xéc dinh, lien tuc tréen R va c6 bang bién

thién sau

r | —® -1 0 1 +aw

y' - 0+ 0 -0 -+

NN

Tim tat ca cdc gia tri thuc clia tham s6 m dé phuong trinh f (X)—1=m 6 diing hai

nghiém.
@.{ | ®.-2<m<-1. @.[ >0 @.[ |
m>-1 m=-1 m>-1

Tap tat ca cac gia tri ciia tham s6 m dé phuong trinh x* —4x* +3+m=0 c6 4 nghiém phan
biét la
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@. -1;3 . . -3;1. © 2:4 . @

Cau 5: Duong cong trong hinh bén 1a dd thi ham y=x*—-2x*—2. Tim tat
cé cac gia tri thuc clia tham s6 m dé phuong trinh x'—2x*—1=m

-3:0 .

\ yA

c6 4 nghiém phan biét.

@.m>—3. .—2<m<—1.
©. m<-2. D. -3<m<-2.

Cau 6: Choham sd y=—x"+2x* c6 dd thi nhu hinh vé.
Tim tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh
—x*+2x% +1=m c6 bén nghiém thyc phan biét.

-2

A.0<m<1. ®.1<m<2.
©. 0<m<1. D. 1<m<2.
Cau 7: Cho hamsé y = f(X) lién tuc trén R c6 bang bién thien sau:
x oo 3 5 7 +00
¥y + -

Phuong trinh f (X) =4 c6 bao nhiéu nghiém thuc?

N E——
5
’ /3\1/ \

®.4. ®).2. ©. 3. D.o0.

Cau 8: Cho ham s6 y= f(X) c6 do thi nhu hinh bén. Tim tit cA cic gid tri

thuc ctia tham s6 m dé phuong trinh f (X)=m+2 c6 bon nghiem phan

_-——_.
=

biét. X
®.-4<m<-3. B®).-4<m<-3.
©. 6<m<-5. D). 6<m<-5.
Cau 9: Cho ham s y = f () lién tuc tréen R va c6 bang bién thién nhu hinh
vé bén. Ménh dé nao duéi day dang?
x — —2 0 2 +x
Y + 0 - 0+ 0 -
¥ 4 \ / 4
/ G \
0 —0
(A).Phuong trinh f (x)=0 ¢6 4 nghiém thyc phan biét.
(B).Ham s6 déng bién tren khoang (0;+00).
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(©. Gi4 tri nhé nhat ctia ham s6 bing 0.
(D). Ham s6 ¢6 3 diém cuc tri.

Cau 10: Cho ham s6 y=x*-2x*+1 ¢6 d6 thi (C) va dudng thang (d):y=m+1 (m la tham s6).
Duong thang (d) cit (C) tai 4 diém phan biet khi cac gid tri cia m 1a

@.3<m<5. .1<m<2. © -1<m<0. @ -5<m<-3.
Cau 11: Cho hamsé y= f(X) xéac dinh, lién tuc trén R v& c6 bang bién thién nhu hinh sau:

x | —; -1 0 1 +
:_L"

+ 0 - 0 + o0 -
3 3
—ao -1 —00
D6 thi ham s6 y= f(x) céit dudng thang y=-2020 tai bao nhiéu diém?

®.4. ®.0. ©. 2. O. 1.

Cau 12: Chohamsé y=f (X) c6 do thi nhu hinh vé.
Phuong trinh 1-2.f (X) =0 c6 tat ci bao nhiéu nghiem? N ;

®.2. (B).Vo nghiem. / * C \ :
©. 3. D. 4. .

Cau 13: Choham s y=f (x)= ax* +bx®+c (a, b,c € R) c6 do thi nhu sau:
S6 nghiem thyc ctia phuong trinh 2f (x)-3=0 1a

®.0. ®.2. ni s
o1 0.5 N

Cau 14: Cho ham s6 y = f (X) xdc dinh, lién tuc trén R va ¢6 bang bién thien sau:

x| — -1 0 1 +
i — 0 — 0

1IN LT

Tim tat ca cac gia tri thuc ciia tham s6 m dé phuong trinh f (X)-1=m c¢6 ding hai

nghiém.

BA.m=—2m>-1. B.m>0,m=-1. ©.m=—2,m>-1. @. 2<m<-1.

4
Cau 15: Tat ca cac gia tri cia m dé duong thing y=m cit do thi ham s6 y = XT_ 2x* +1 tai 4 diém

phéan biét 1a

@.m>—3. .m<1. @ -12<m<3. @ -3<mx<l.
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Cau 16: Cho ham s6y=x*—2x*-3 ¢6 d6 thi ham s6 nhu hinh bén duéi. Véi gia tri ndo ctia tham s6

m phuong trinh x* —2x*—3=2m—-4 c6 hai nghiém phan biét? \—1 1 ’ N
1 1 3:
m=0 1 !
@. 1. .O<m<—. !
m>— 2 1
2 i
m<0 1 i
©. 1. @ m<—. !
m=§ 2

1.C 2.A 3.A 4.B 5.B 6.D 7.B 8.D 9.D 10.C
11.C | 12.D | 13.B | 14.C | 15.D | 16.A
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/ Dang (3). Su tuong giao ciia 2 d6 thi (lién quan dén toa do giao diém) \

®-Phuong phap: Cho 2 ham sé y = f(x),y=g(x) c6 d thi lan lugt 1a (C) va (C”)

. Lap phuong trinh hoanh do giao diém ciia va: f (x) = g(x) ,
(1)

@®. Giai phuong trinh (1) tim x tit d6 suy ra y va toa do giao
diém.

©. S6 nghiem ciia (1) bing sb giao diém ctia hai dd thi
y=rf(x),y=2(x).

®- Casio: Solve, table, giai phuong trinh co ban

R Xg

¢.Nghiém ctia PT: ax* +bx* +c=0
v'. Nham nghiém:

@®. Nham nghiém: Gid st x = x, la mot nghiém clia phuong trinh.

, , x=x%x,
®. Khi dé ta phan tich: f(x,m)= (x - X, )g(x) =0
g(x)=0
®©. Dua vao gid thiét mit lj phuong trinh bac 2 g(x) =0
Y. An phu - tam thic bac 2:
®. Dit t=x",(t20). Phuong trinh: at® +bt+c=0 .
£ L o3 . N . , ~ _tl <0=1,
®. Néeu co dung 1 nghiém thi co nghiém t,,t, thoa man: f—f =0
LA =6h =
£ s . PN N s PN 2 ~ _tl < 0 < It2
®. Neu co ding 2 nghiém thi co nghiém t,,t, thoa man: 0<t ot
V<4 =10

®. Néu c6 ding 3 nghiém thy cé nghiém t,,t, théa man: 0=1, <f,
©. Néu c6 ding 4 nghiém thi cé nghiém t,,t, théa man: 0<t, <1,

v. PP d6 thi ham sb.

\_

. Lap phuong trinh hoanh do giao diém dang F(x,m) =0

)

% A - Bai tap minh hoa:

Cau 1: Tim tat ci cac gia tri m nguyén dé phuong trinh X* —2x*+4-m=0 ¢6 bén nghiem thuc.

@.me@. .m=1. @ m=2.

®. m=3.
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Lai giai
<Chon B.
® Taco x*-2x*+4-m=0(1).

® Dit t=x? (t>0) ta dugc phuong trinh t? —-2t+4-m=0(2).

®(1) c6 bon nghiem phan biét < (2)c6 hai nghiem duong

phan biét
A'>0
m>3
& —g>0<:> 2>0 3<m<4.
4-m>0
E>O
a
*Vay med.

% PP nhanh triac nghiém

w Casio: Thay m vao may tinh
580vnx, néu 570VN plus thi giai PT
bac 2 c¢6 nghiém duong phan biét.

Cau 2: Duong thing y = x+1 cit d6 thi ham sé y = x* — x* +1 tai miy diém phan biet?

®).2. ®. 4. ©. 1.
Loi giai
SChon A
e Xét phuong trinh hoanh do giao diém: x* —x* +1=x+1.

Xx=0

ox' -x-x=0=x(x*-x-1)=0<| .
X*—x-1=0

oXét x°* —x—1=0 khong c6 nghiem X =0 va ham s6
f(x)=x>-x-1.

°Co f'(x)=0=3x*-1=0x=1*

(33

®Nen do thi ham s6 f (x) = x* —x -1 cét truc hoanh tai mot

&l

diém. Suy ra phuong trinh. x> —x —1=0 c6 mot nghiem.

oVay duong thing y = x+1 cit dd thi hams6 y = x* —x* +1
tai hai diém phan biét.

D. 3.

% PP nhanh tric nghiém

® Casio: 580vnx, néu 570VN plus
thi st dung table.

Cau 3: Hai do thi y=x*"—x* vd y=3x"+1 c6 bao nhiéu diém chung?

®.2. ®).4. ©. 1.
Lai giai
<Chon A

ePhuong trinh hoanh do giao diém: X' —x* =3x* +1 (1)

D. o.

PP nhanh tric nghiém

® Casio: 580vnx, néu 570VN plus
thi st dung table.
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(1)<:>x“—x2—3x2 —1=0=x"—4x*-1=0

2=2++5
= X +\/— <:>X:i\/2+\/§.
x2 =2-5(VN)

36 diém chung ctia hai d6 thi y=x*—x* va y=3x*+1 bing

so nghiém ctia phuong trinh (1) 13 hai.

Cau 4: Tim tat ca cac gia tri thuc clia tham s6 m dé do thi ham sé y=x"—(m+1) x> +m cit truc
hoanh tai 4 diém phan biét.

@.(0;+oo). .(O;+oo)\{1}. ©. [O;+oo). D. [0;+oo) \{1}.

Loi giai % PP nhanh tric nghiém
<Chon B
®Xét phuong trinh hoanh do giao diém: x* —(m +1) x*+m=0 | ® Casio: thay m tit ddp an vao may
(1) 580vnx. Dap an nao c6 4 nghiém thi
’ chon.

SxX-mx>—=x2+m=0
<:>x2(x2—m)—(x2—m)=0

< (X -m)(x*-1)=0

®D5 thi ham s6 cit truc hoanh tai 4 diém phan biét khi
phuong trinh x* =m c6 hai nghiém phan biét khac +1 =

m>0
m#1"

% B - Bai tap rén luyén:

R . 1 3 . . .
Cau 1l: Do thihamso y= 5 X'+ x%+ > cat truc hoanh tai may diém?

®.3. ®.4. ©. 2. . o.
Cau 2: Tim m dé d6 thi cia ham s6 y = x* —2mx® +m cit truc hoanh tai bén diém phan biét.
A).m>0. B.m>1. ©. m>1. (D). m<0 hoic m>1.
Cau 3: Do thi hamsé y=x° (x2 —3) tiép xtc v6i dudng thdng Yy =2X tai bao nhiéu diém?
®.0. ®.2. ©. 3. D. 1.

Cau 4: Do thi hams6 y=2x*—3x* va do thi ham sé y = —x%+2 ¢6 bao nhiéu diém chung?

®.2. ®.1. ©. 3. D. 4.

Cau 5: Tim m dé duong thidng Y =m cit do thi ham s6 y=x* —2x*+2 tai 4 diém phan biét.

@.2<m<3. .m>2. © l<m<?2. @ m<2.

St-bs -Edit Word: FB: Duong Hung - Lién hé file word xinh Zalo: 0774.860.155 107




Full chuyén dé On thi Tn 2021- HS TB-Yéu hiéu qud cao

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Caul

Tim tat ci cac gia tri thuc ciia tham s6 m dé dudong thing y=4m cit do thi ham sb
y =x*—8x* +3 tai bén diém phan biét?
13 3 13 3 3 13
—=<m< =, B.-—=<m<=, .m<2, .m>-=
@ 4 4 . 4 4 © 4 @ 4

Tat cé cac gia tri ctia tham s6 m dé ham s6 y = Xx* —2x* +m cét truc hoanh tai 4 diém la
@.—1Sm<0. .OSm<1. @ -1<m<0. @ O<m<1.

Phuong trinh x* —4x?+m—3=0 ( m 13 tham s6) c¢6 ding bon nghiém khi va chi khi

@-m<7. -m£7. @ m<3. @ 3<m<7.

Cho ham s6 y = f (x) xac dinh, lién tuc trén R va c6 bang bién thien sau
X — 00 —1 0 1 —+00
y' — 0 + 0 - o+
y

Tim tat ca cac gia tri thuc clia tham sé6 m dé phuﬁdng trinh f (x)-1=m c6 dung hai

nghiém.
A.m=-2, m2-1. ®.m>0, m=-1. ©.m=-2 m>-1. O. 2<m<-1.

0: Chohamsd y=x*— (m —1) x> +m—2.Tim m dé dd thi ham s6 cit truc hoanh tai 4 diém phan
biét.

@.me(1;+oo) .me(2;+oo) ©. m e (2;+0)\{3} D. me(2;3)

| 1.c | 2B | 3D | 4A [ 5 | 6A | 7D | 8D | 9.Cc | 10.C |

/—| Dang @. Xac dinh hé sb a, b, ¢ tit do thi ham tring phuwong. }—\

®-Phatong phdp: Chii § ciac diac diém nhan dang sau:

W He s6 a: Xac dinh dang di lén hay di xuéng ctia do thi
® Quan sat dang do thi, cha § cac hé s6 a >0; a<0

& Tich s6 ab: Xac dinh s6 diém cuc tri
® ab<0: ham s6 c6 3 cuc tri
® ab>0: ham s6 c6 1 cuc tri

WHe s6 c: Xac dinh giao diém véi truc tung.
® ¢>0: giao diém ciia dd thi v6i truc tung ndm trén goc toa do O
® ¢<0: giao diém ctia do thi véi truc tung ndm dudi goc toa do O

® ¢=0: giao diém ctia do thi véi truc tung tring véi gbe toa do O

N J
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% A - Bai tap minh hoa:
Cau 1: Cho ham s6 y =ax? +bx2 +¢c6 db thi nhu hinh vé sau.
Khéng dinh nao sau day dang?

A.a>0,b<0, c<0.

©.a<0,b>0, c>0.
Loi giai
9Chon B
e Ham s6 1a ham bac 4 truing phuong c6:
+ Nhin dang do thisuy ra a >0
+ Chon Xx=0=y=c=c>0

+ Viham sé ¢6 3 cuc tri < a,b trai daunén b <0

Cau 2: Cho ham sé y=ax" +bx*+¢ c6 do thi nhu hinh vé bén. Ménh

dé ndo dudi day dang?

.a<0,b<0,c<0.
@. a>0,b<0,c>0

@.a>0,b<0,c<0.
©. a<0,b>0,c<0.

Loi giai

SChon C
® D6 thi c6 bé 16m quay xuéng nén a< 0
e x=0 suyra y=c. Do thicit truc Oy tai y=-3
=c=-3<0

x=0
oTaco: Y =4ax’ +2bx=0 < , b

x> =——

2a

D6 thi ham s6 ¢6 3 cuc tri nén —2£>0:>ab<0 =b>0.
a

% B - Bai tap rén luyén:

Cau 1: Choham sé y=ax’ +bx*+c¢ c6 do thi nhu hinh vé bén.

Trong cidc ménh dé dué6i day, ménh dé ndo dang?
A.a>0b<0,c>0. B.a<0,b>0,c<0.
©. a<0,b<0,c<0. @. a>0,b<0,c<0.

Cau 2: Chohamsé y=ax" +bx’+¢ c¢6 do thi nhu hinh vé ben.

B.a>0,b<0,¢c>0.

VAR

D.a>0, b>0,¢c>0.

% PP nhanh triac nghiém
e Dé thay a>0, c>0, b<0

AN AN
% PP nhanh triac nghiém
e Déthay a<0,b>0,c<0
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Tim két luan dang.

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

®.a+b>0. ®B).bc>0.
©. ab>0. D). ac>0.

Ham s6 y=ax" +bx*+c c6 dd thi nhu hinh vé ben. Ménh dé nao sau

day dung?

®.a>0,b>0,c<0. B®.a<0,b>0, c<0.

©. a>0,b<0,¢c>0.0. a>0,b<0, c<0.

Cho ham s6 y=ax*+bx*+c(a=0) c6 do thi nhu hinh ben. Hay

chon ménh dé dang.

A
y

VN

=y

E
<

Q = N w

A.a<0,b<0,c=0. B.a<0b>0,c=0.

©. a>0,b<0c=0. D. a>0,b<0,c>0.

Cho ham s6 y = ax* +bx® +¢ c6 dd thi nhu hinh bén duéi.
Meénh dé nao dudi day dang?

@.a>0, b<0, c>0..a>0, b<0, c<0.
@. a>0,b>0, c<0.®. a<0,b>0,c<0.

Cho ham s6 y =ax* +bx?+c c6 do thi nhu hinh vé. Tim két luan ding

@.a+b>0. .bc>0.
@. ab>0. @ ac>0.

Cho ham s6 bac bén tring phuong Y = ax? +bx? 4¢ ¢6 d6 thi nhu hinh
vé bén. Ménh dé nao duéi day 1a dang?
®.a<0,b>0,c>0. ®.a>0b<0,c>0.

©. a<0,b>0,c=0. ©®. a>0,b<0,c<0.
Cho ham s6 y =ax" +bx*+¢ c6 dang do thi nhu hinh vé ben. Ménh dé

nao dudi day dang?

A).a<0b>0:c<0. ®.a>0b>0:c>0.
©. a<0:b<0:c<0. M. a>0b<0:c>0

'
lnd

%

VARVE

Cho ham s6 y =ax* +bx*+¢ c6 dang d6 thi nhu hinh vé bén. Ménh dé nao dudi day dang?
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@.abc>0. .abc:O.

©. a<0;b>0,c>0. @. a>0;b<0;c>0 -
VERVA

| 1B | 2B | 3Cc | 4c [ 5B | 6B | 7.C | 8D | 9D |

Huéng dan giai

Cau 1:+ Tu do thitaco limy=—oo;limy=—oco nén a<0.

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

X—+00 X——00

* D6 thi ham s6 ¢6 3 diém cuc tri nén 9<O dodsé b>0.
a

* D6 thi ham cit truc Oy tai diém c6 tung do am nén ¢ <0.

* Suy ra: Ménh dé dang a<0,b>0,c<0.

* T hinh vé suy ra a>0.

« Giao diém ctia do thi va truc tung 14 (0;¢) nim duéi truc hoanh nén ¢ <0, suy ra loai dap
an D

* Suy ra bc>0

* Duta vao do thi:

« limy=+00 = a>0.

+ Do thi ham s6 c6 ba diém cuc tri= ab<0 = b <0.

+ Giao diém ciia do thi ham s6 va truc tung c¢6 tung do duong=>c¢>0.
*Vay a>0, b<0, c>0.

* Dya vao hinh dang d6 thi ham s6 ta nhan thay :

*Hes6 a>0

* D6 thi ham s6 di qua goc toa toa = ¢ =0

« Ham s6 c6 3 diém cuc tri =>ab<0=b<0

e T dd thi ham sé ta co:
limy=+40c0=a>0.

X—+40C

* D6 thi ham s6 c6 ba cuc tri nén ab<0=-b <0.

* Cho x=0=y=c<0.

« Tu hinh vé ta thay:

* Do thi ham s6 ¢6 bé 16m huéng len =>a>0.

* Do thi ham s6 cét truc tung tai diém c6 tung do am = c<0.
* D& thi ham s6 ¢6 3 diém cuc tri = ab<0=b<0.

* Vay chic6 bc>0.

* Dua vao hinh dang d6 thi ham s6 ta nhan thay :
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- Hesd a<0.
« Ham s6 ¢6 3 diém cuc tri =ab<0=b>0.
* Do thi ham s6 di qua gbc toa toa =¢=0.
*Vay a<0,b>0,c=0.
Cau 8: -+ Ham s6 trén 1a ham s6 tring phuong c6 3 diém cuec tri nén ab <0 = Loai B,C

* Ta co: lim (ax4+bX2+C)=+oosuy rahés6 a>0 nén b<0. =Loai A

* Suy ra chon D
*Vay: a>0;b<0;¢c>0.
Cau 9: -+ Ham s6 trén 1a ham sb tring phuong c6 3 diém cuc tri nén ab <0 = Loai B, C

« Taco: lim (ax4+bX2+C):+oosuy rahésd a>0 nén b<0. =Loai A

* Suy ra chon D
*Vay: a>0;b<0;c>0.
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[’# Bai 72 PO THI HAM SO HUU Ti ]

Dang (1). Nhan dang ham sb hitu ti khi cho d6 thi ham sé. \

-

®-Phwong phdp: Cha ¥ cac dic diém nhan dang sau:

. . ad —bc
® Quan sat dang do thi, cha y dau dao hamy'=———
(ex+d)
* Xac dinh cac dudng tiem can ding: x=—, ngang : y = a
c c
e Cac giao diém dac biet véi truc oz, oy.
ax+b
y= R
ext ®.ad—bc>0 ®.ad—bc<0
c#0,ad—bc#0
y y
®.y'>0: Ham
s6 tang x

8. y'<0: Ham sb6 . )
giam /

\_

% A - Bai tap minh hoa:

N 2 +
Cau 1: Duong cong & hinh ben la dd thi ciia ham s6 y =2

1a cac s6 thyc. Ménh dé nao duéi day dang?

@. y'<0,Vx=#1 . y'<0,Vx#2

©. y'>0,v#2 D.y'>0,vx#1
Lai giai
2Chon C
®Dua vao do thi ta nhan thiy tiém can ding bang 2,

eHam s6 nghich bién vay chon B

b .
vé6i a,b,c,d VA
cx+d

1

0

=Y

PP nhanh tric nghiém

e M3t nhanh quan sat do thi
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Cau 2: Duong cong trong hinh vé bén duéi 14 do thi ctia ham s6 ndo dudi

day?

2x-1 X+1
®. y= . ®. y=2"2.
-1 x-1

X

©. y=x*+x*+1. D.y=x*-3x-1.

Lo giai
©Chon ®.
*Tap xéac dinh: D=R\{1}.

*Ta co: Y=( 1)2<O,V’x;«t1.
X_

*Ham s6 nghich bién trén cac khodng (—oo;1) va (1;+00).

. . X+1
limy=lim——=1= y=11a duong tiém can ngang.

X—>to0 X—>t0 ¥ —

. .o X+1 . . X+1
limy=Ilim—= =+o0, limy=Ilim— =-o0
x—1* x-1" X =1 x—1" x=1 X—=1
= x =1 la dudng tiém can ding.

X+1

®Vay do thi da cho l1a cia ham s6 y = W
X 4

Cau 3: Duodng cong trong hinh vé bén 1& do6 thi ctia ham s6 nao trong cac

phuong an A, B, C, D duéi day?

x—-1 2X+1
®. y="—. ®. y=

X+1 X+1
X+2 X+3
©. y=2+2 ®.y=2+2.
X+1 1-x
Loi giai
2Chon B
oTir do thi ta co: Tiem can ditng X =—1; tiém can ngang
y=2.
x-1 . x-1 _ . x-1 L
=—— ¢6 lim——==1L lim —==-00= tiém can

X+1 xoto X+1 0 xo-1" X411
ding Xx=-1; tiém can ngang y =1

A sai

1\1§)1 X

PP nhanh tric nghiém

e Mit nhanh quan sat do thi véi dap
an

® Loai nhanh dap an C, D

.
2
L
O X

PP nhanh tric nghiém

oMt nhanh quan sat do thi v6i dap an

St-bs -Edit Word: FB: Duong Hung - Lién hé file word xinh Zalo: 0774.860.155 114




Full chuyén dé On thi Tn 2021- HS TB-Yéu hiéu qud cao

2x+1 . 2x+1 . 2x+1 A
y = co lim =2, lim =—00 = tiém can
X+1 x>0 X +] x>-1" X+1

diing Xx=-1; tiém can ngang y =2

B dang

X+2 .. X+2 . 2x+1
y=—— co6 lim ——=1 lim
x+1 x>0 X410 xo-" X1

ding X=-1; tiém can ngang y =1

=400 = tiém can

C sai

X+3 .. X+3 . 2Xx+1 L
y=—— ¢6 lim——=-1lim =—00 => tiém can
1-x x40 ] — X - X+1

ding X=1; tiém can ngang y=-1

D sai
- o X=2
Cau 4: Chohamso y= 1 c6 do thi 1a hinh vé nao sau day?
7 3t
/%/ i of
777777777777 L e L TR | EREEREEREEE
321 [01/2 3 x -3-2\-1\4\01123':&
2 3
®. o ®. all |
y N
et B8 S — b
3 -2 -1 [Pi1273 x 32\ [0 12 3 x
-1 ' :-1
ol i -2
© A o. 7
Loi giai PP nhanh tric nghiém
SChon A.
Covef x — X—2 e Mit nhanh quan sat ham s6 v6i do
el y=T7TX T 1 thi tir dap an

X
® C cotiém can ding Xx=1, nén loai D
e C diquadiém A 2;0 ,nén loai .

e C diquadiém B 0;2 , nén loai @
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X—2
x—1

oVay C 1y=

% B - Bai tap rén luyén:
Cau 1:

B X+1
2X+1°
x-1
©. YT
Cau 2:
2x +1
®.y= x+1
2x —1
©- v x—1"
Cau 3:
A, y=x*—2x*+1.
2x-1
Q'y_x+2'
Cau 4:
X+2
®. Y= x4
—X+1
©. y= X—2
Cau 5:
X
®. Y= et
X
O'y_2x—1'

Duong cong trong hinh bén 1a do thi ctia ham s6 nao?

Dudng cong trong hinh bén 13 do thi ctia ham s6 nao?

Duong cong trong hinh bén 14 d6 thi ctia ham s6 nao duéi day?

Duong cong trong hinh sau 13 do thi ctia ham s6 nao duéi day?

Hinh vé bén day 1a do thi cud ham sd ndo trong cac ham sb sau:

c6 do thi 1a hinh A.

. y= x-1 .

2x—-1
Xx-1

Oy=oa REP S

x—1

®. y= .
X—2

y
2x —1 ' 2
®-y_ x+1 o /;

®. y=x*-3x*+1.

X—2 ;
().y=————. T
X+1 g -

_ y
. y=2X 3.
X+2
—X+3
®'y_2x—4'

0 1|2

—X
®. 2x+1°

—X
O.y=577
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Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Do thi sau 1a do thi ctia ham s6 nao dudi day?

2Xx—3

®. y=é. ®. y=2;((—2'
1 -1
©, y:&_ @_y:x_.
x-1 Xx+1

Duong cong trong hinh bén 1& do thi clia ham s6 nao?

X+1 2x+1
Wyl By

- -1
©_ y:_X ®-y:X_.

1-x X+1

Ham s6 nao dudi day c6 bang bién thién nhu hinh vé?

Yy

T\

: —% -1 oo
y + +
+o0 2
y / /
) .
@®. y=—x"+3x+1. ®. y=X—+3. ©. x}+3x*+4. @.y:2X+1.
X+1 X+1

Ham s6 nao sau day c6 bang bién thién nhu hinh beén:

X —o0 2 o
yr
1 +o0
y \ \
—no 1
2X+3 3 2Xx—-7 -3
@), y=2Xr2 ®. y=212. ©. y=22=1 ©.y=2=2.
X—2 X—2 X—2 X—2
Bang bién thién sau day 14 ctia ham s6 nao?
x —m 2 +a0
(3 - -
+ao 1
f[i_‘{') / /
1 —m
X—3 X+3 X+3 2X—3
. f = . . f =—, . f =— . f = .
@ X X—2 (X) 2—X @ (X) X—2 @ (X) X—2

1.A | 2¢ | 3D | 4A | 5.A | 6

| 7.4 | 8D | 9.B | 10.A |
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| Dang 2. Su tuwong giao ctia 2 d6 thi (lién quan dén toa do giao diém)

®-Phuong phap: Cho 2 ham s6 y = f(x),y=g(x) c6 46 thi lan lugt 1a (C) va (C”)

©. Lap phuong trinh hoanh do giao diém ciia v : f(x) =g(x) , g ()
(1)

@®. Giai phuong trinh (1) tim x tir d6 suy ra y va toa do giao
diém.

©. S6 nghiém ctia (1) bing s6 giao diém ctia hai dd thi
y=/f(x).y=g(x).

®- Casio: Solve, table, giai phuong trinh co ban

\_ J

% A - Bai tap minh hoa:

R Xx

Cau 1: Tim tung do giao diém ctia dd thi (C):y = 2X

_33 va dudng thing d:y=x-1.

®. 1. ®. -3. ©. -1. D.3.

Loi giai PP nhanh tric nghiém

SChon C

ePhuong trinh hoanh do giao diém ctia hai dudng
C)vad la

® Casio: Solve

2x—3 " *
LXTO
2x—3 ) x+3 *tl
=X-1(x#-3)=x"=0=x=0=y=-1 _
X+3 x= 0
L—-R= 0
Suy ra y=-1.

Cau 2: S6 giao diém ciia do thi ham s6 y = 2x+1

v6i duong thing y =2x+3 1a

®. 2. ®. 3. ©. 1. D.o0.

PP nhanh tric nghiém

Loi giai
SChon A
®Xét phuong trinh hoanh do giao diém:
2xx—+11 =2X+3

< 2x+1=(2x+3)(x-1) (do x=1 khong la
nghiém ctia phuong trinh)

® Casio: table

Vo [

_2x+1 .,
f{x}——x_l 2x—3

v B
Pham vi bang

Bdau :-7
Kthic:7
BIIOC U,

St-bs -Edit Word: FB: Duong Hung - Lién hé file word xinh Zalo: 0774.860.155 118




Full chuyén dé On thi Tn 2021- HS TB-Yéu hiéu qud cao

X_1+\/33
2 - 4 e flmn
S22 -x-4=0 L J& 1 xié zﬁ
X=—2 13 1| -
4 14l -0.5 -2
-1.12
v [
= fomh
17 1| ERROR
12 1.5 |
19 2 -2
20 2.9 -d
2
Ta thay doi dau 2 lan.

Cau 3: DO thihamsd y= X—+EI_L va duong thing y=-2x+11 cit nhau tai 2 diém phan biét A, B.
X —

Tim hoanh do trung diém | cia doan thang AB.

®. X, =3. ®. X, =2. ©. X, :g. D. X, :%.

Loi giai PP nhanh tric nghiém

SChon A.
*Goi A(X;Y;) va B(X,;Y,) v6i X, X, 1a nghiem ® Casio: Solve, sto

) . X+1 W] 7] Math &
ctua phuong trinh 1 -2x+11. H_ti"'z":{_l 1
eHay X,, X, la nghiém ctia phuong trinh
—X*+6x-6=0 (*) @ Math &
*Do | latrung diém ciia doan thang AB nén ANS+A

X+X% Yty

(B2 hr)e) 4. 732050808

o Tt phuong trinh (*), ta c6 B M A
X, + X Ans+B

X +X,=6< TZ =3.

®Vay hoanh do clia diém | bing 3. 1.267343132
@ Math &
A+E
Z

3

c6 dd thi (C). Dudng théng (d):y = x+1 cit dd thi (C) tai 2 diém

. 2X+2
Cau 4: Cho hamso Y= X+

phan biet M va N thi tung do trung diém | ctia doan thing MN bing

®. -2. ®. -3. ©. 1. D.2.

Loi giai PP nhanh tric nghiém
9Chon D

e Casio: Solve, sto
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*Taco X, , Xy langhiém ctia phuong trinh hoanh | e = y ]_lm Math A
do giao diém ciia (C) va (d): w=-1
2X+2 Xx#1
=X+le9 m MathWk
x-1 X°=2x-3=0 Bns+Q
:>XM+XN:2:>X|:M:1, o
] Math Wk
Vi | thuoc (d)=y, =2. ANs+E
-1
O] Math &
fi+ 1 +Ei+1
Z
2

% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

S6 giao diém ctia do thi ham sé y = ! v6i dudng thing y =2x+3 1a

®. 2. ®. 3. ©. 1. D.o0.

2X+1

Biét rdng do thi ham s6 y = va do thi ham s6 y =x*+X+1 cit nhau tai hai diém, ky

hicu (%;Y,).(%,;Y,) 1a toa do hai diém d6. Tim y, +Y, .
@. y,+Y,=0. . y,+Yy,=2. © y,+Y,=6. @.y1+y2:4.

2X +14 . Khi d6 hoanh do

Goi M, N la giao diém ciia duong thing y = x+1 va dudng cong y =

trung diém | ctia doan MN bing

®. g ®. -2, ©. 2. ©@.1.

2

Tim tung do giao diém ctia do thi (C):y = 2% _33
X+

®. 1. ®. -3. ©. -1. D.3.

va duong thang d :y=x—1.

Duong thing y=x-1 cit do thi ham s6 y = tai cac diém co toa do 1a

X+1

B, (-10);(2;1) ®. 12 ©. (0;-1);(2;0) ©.(0;2)

D6 thi cia ham s6 y = X—_i cit hai truc OX va Oy tai A va B . Khi dé dién tich tam giac
X+

OAB (O 1a gbc toa do bing)

®. % ®. % ©. 1. ®.2.

Duong cong y = cit duong thdng y =—x tai hai diém M,N. Tinh do dai doan théng

MN

®). MN =4. B). MN =25 ©. MN =442 D). MN =642

St-bs -Edit Word: FB: Duong Hung - Lién hé file word xinh Zalo: 0774.860.155 120




Full chuyén dé On thi Tn 2021- HS TB-Yéu hiéu qud cao

Cau 8: Duong thing y=—x—3cit ddthihamsbd y= X_; tai hai diém phan biet A, B . Trung diém
X+
ciia doan thang AB c¢6 hoanh do 1a
®. 5. ®. 7. ©. _1_21. ®.-3.
~ * A A s X . N A 2X+1 . 2 - N ~ N < . ~ 12X
Cau 9: Tiep tuyen v6i do thi ham so y = 1 tai diem c6 hoanh do bang 0 cat hai truc toa do lan
X+
lugt tai A va B . Dién tich tam giac OAB bang
1 1
®. 2. ®. 3. ©. =. ©.=.
2 4
~ N : X+3 : ) ..
Cau 10: Duong thang y=x+1 cat do thi ham so y = 1 tai hai diém phan biét A, B. Tinh do dai
doan thang AB.
A). AB=6. ®. AB=417. ©. AB=+/34. ©.AB=8.
- o oo 22X+l B
Cau 11: Biet duong thang y=X+1 cat do thi hamso y = tai hai diem phan biét A, B c¢6 hoanh
do 1an lugt 1a x, ; Xz. Tinh gid tri cia X, + Xg .
®. Xy +Xg =2. ®. Xy +Xg =—2. ©. X, +Xg =0. @.XA+XB:1.
Cau 12: Tap hop tat ca cac gia tri ctia tham s6 m dé dudng thang y = x—m tiép xtic v6i dd thi ham
5y X+1
s0y=——
X+2
®. m=-2. ®. me{-1-5).  ©. m=-5. ©@.me{-2;2}.
1.A 2.D 3.D 4.C 5.C 6.A 7.D 8.D 9.C 10.C | 11.A | 12.B
Dang @. Xac dinh hé sé a, b, ¢, d tir d6 thi ham sé hitu ty
( 2ang 1 S ’ 1 y

®-Phuong phdp: Cht § cac dic diém nhan dang sau:

% (1). Tiém can dimg: % (3). Giao diém truc ox:
® cd>0; TCD nam bén trai truc oy ® ba>0; nam bén trai géc toa do O
e cd<0; TCD nam bén phai truc oy ® ba<(0; nam bén phai gbc toa do O

® Dic biet: d=0: TCD trung véi truc oy ® Dic biet: a=0: D6 thi khong cit truc ox

% (4). Giao diém truc oy:

® bd>0; nim beén trén goc toa do O

® bd<0; nim bén dusi gbc toa do O

® Dac biét: b=0: Giao truc tung trung véi
goc toa do O

% (2). Tiém can ngang:

® ca>0; TCN nam bén trén truc ox

® ca<0; TCN nam bén dudi truc ox

® Dic biet: a=0: TCN trung véi truc ox

\_

% A - Bai tap minh hoa:
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Cau 1: Chohamsb y= ax+b

c6 do thi nhu hinh vé.
x+1

Tim khéng dinh diing trong cic khang dinh sau

@. b<0O<a. . O<ax<hb.
@. a<b<0. @.O<b<a.
Lai giai
2Chon B

® D6 thi ham s6 c6 tiém can ngang y=1=a>0,

Xx=0=y=b=2>0.

e Vay O<a<b

ax—b

Cau 2: Chohamso y= c6 do thi nhu hinh vé.

Khang dinh nao dudi day 1a ding?

@. O<ax<b. . b<0<a.
@. O<b<a. @.b<a<0.
L&i giai
2Chon D

e Nhin d6 thi ta thiy do thi cat Ox tai x=2 vacat Oy tai

o ax
y=-2.Nénvgihamso y= ,cho x=0

b -2
y=b=b=-2,cho y:0:>X:g hay 2=;:>a=—1.

eVay b<a<0. Pap an dugc chon la D

Cau 3: Cho ham s6 y = ax+f c6 do thi nhu hinh vé.
X+

Tim khéng dinh diing trong cac khang dinh sau

@. b<0<a. . O<ax<b.
@. a<b<0. @.O<b<a.
L&i giai
2Chon D

* Pj thi ham sb co tiém can ngang y=1=a>0,
Xx=0=y=b=2>0.

e Viy O<a<b

PP nhanh tric nghiém

e MAt nhanh quan sat tiém can va
diém dic biét.

o ¥
\_]

N

PP nhanh tric nghiém

e Mt nhanh quan sat tiém can va
diém dac biet.

PP nhanh tric nghiém

e Mit nhanh quan sat tiém can ngang;
diém dac biet.
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ax-1
bx+c
thic T=a+2b+3c.

Cau 4: Choham 6 y =

®. T =1.
©. T=3.

®. 7=2.
D.T =4.

Lai giai
SChon A

c6 do thi nhu dudi day.Tinh gia tri biéu

PP nhanh tric nghiém

e Mit nhanh quan sit tiém can ngang;
tiem can ding, diém dic biet.

e P thi nhan x=1 Ia tiém can dung :%C:l:bz—c.

e P thi nhan y =2 la tiém can ngang :%:Z:a:%.

* D6 thi di qua diém (0;1)
al0-1
b.0+c

e Vay T=a+2b+3c=2+2(1)+3(-1) =1.

= =l=>c=-1=>b=1=a=2.

% B - Bai tap rén luyén:

B a
Chohamso Y=

Cau 1: 1 c6 dd thi nhu hinh bén. Khéng dinh nao dusi \
day la dtng? 01 z al
1
A. b<0<a. (B). b<a<0. )
©. a<b<0. D.0<b<a.
_ - ax+b .. . . PR .
Cau 2: Chohamso y= 1 ¢6 do thi nhu hinh vé bén duéi. Tim khang
1y
dinh dtng trong cac khing dinh sau: |
A). a<b<0. ®. b<0<a. oo :——-————g
-1, |O z
©. 0<b<a. (D.0<a<b. \:
~ .z - . e ax+b
Cau 3: Biét hinh vé bén duéi 1a do thi cia ham so Y = xad

Meénh dé nao dudi day dang?

®. ac<0,cd>0.
©. ac>0,ab>0.

(®. ad >0 ,bc<0 .

(D.cd>0,ad <0 .
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Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

ax—

, b N
Cho hamsd y= ¢6 do thi nhu hinh bén

Khing dinh nao duéi day 1a ding?

A). b<0<a. ®B. b<a<0.

©. a<b<0. D.0<b<a.

Cho hamsbé y= ax_—lb c6 dd thi nhu hinh vé. khang dinh nao dusi day
dang?

A). b<0<a. ®B. a<0<b.

©. 0<b<a. (D.b<a<0.

. ax+b
Cho ham so Y= hi
X+1

trong cac khang dinh sau.

A). 0<a<b. B). b<0<a.
©. a<b<0. (D.0<b<a.
. ax+1 N
Cho ham so y=bX 2,0(’) do thi nhu hinh vé. Tinh T =a+b
A. T=2 ®B. T=0
©.T=-1 D.T1=3
ax+b

Cho ham s6 Y= N c6 do thi nhu hinh vé a, b, ¢ 1& cac s6

nguyén. Gié tri ctia biéu thic T =a—3b+2c bing

A). T=12. ®. T=10.
©. T=-7. D.T=-9.

Cho ham s y = XF2 ¢6 d3 thi nhw hinh v& dudi day. Menh dé nao

cx—1

c6 do thi nhu hinh vé. Tim khing dinh dang

vA \
13

L

A

/

]’.-
duéi day dang? ’
@.c<0;b<0. .b<0;c>0.
©.b>0;c>0. @.b>0;c<0.
O X
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(a-1)x+b

(c-1)x+d

@. a>1b>0,c<l. . a>1lb<0,c>1. k

©. a<lb>0,c<1. (D.a>1b>0,c>1.

Cau 10: Chohamso y= ,d <0c6 do thi nhu hinh trén. Khing dinh nao duéi day 1a ding?

B ax+b R
Cau 11: Chohamso Y= p— ¢6 do thi nhu hinh vé. \

Meénh dé nao sau day 1a ménh dé dang? ,“.
®. 0<ad <bc. ®). ad <bc <0. S I
@. bc<ad <0. @.ad<0<bc.

\ 1.B \ 2.D | 3.B \ 4B \ 5.A \ 6.A ] 7 \ 8.D \ 9.C |10.D|11.B‘

Ldi giai chi tiét
) ax—b o L
Caul: - Hamso Y= 1 nén do thi ham so c6 tiém can ngangla y=a.

* Theo do thi ta c6 tiém can ngang la y=-1=a=-1.

x-1

Do thi hamsd Y= cit Oy tai diém c6 tung do 1a b, theo hinh vé ta co b=-2.

- Nén ta chon dap an b<a<0.

a x+1 —ax—b_ a—b
x4+1° x+1°%"

Cau2: - Taco y’z

- Quan sat dd thi ham s6, ta thiy ham s6 nghich bién tren cac khoang xéc dinh, vay y' <0
hay a<b.

» Do thi ham s6 cét truc Oy tai diém c6 tung do duong, ma diém dé cé toa dola O;b | vay

b>0.

X P4 z 2 2 b
»+ D6 thi ham s6 cit truc OX tai diém c6 hoanh do am, ma diém d6 co toa do 1a [—5;0]
b
* Vay _E<O hay a>0.Vay O<a<b.
N P a
Cau 3: - Tiém can ngang cuia do thi ham so: Y= < >0 suyra ac>0 — Loai A

. . d d
* Tién can ding ctia do thi ham so: X=—E<0 = E>0 suy ra cd >0.
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Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

+ D6 thi ham s6 c6 tiém can ngang Yy =1=

- Ta co: y(O):g<O:>bd <0.

* T do6 suy ra: X500 ad >0; E<0<:>9<0<:>bc<0.

cd d cd c

+ Vay B dang.

N P £ N £ a
*+ Tt do thi ham so ta thay do thi ham so c6 tiém can ngang la y=-1= 1 -l1=>a=-1

R . -b
* Giao cua do6 thi ham s6 véi truc tungla y=-2= I =2=b=-2

* Vay b<a<0 chon dap an B

=a S L -b
Taco {y , = @=1. Madd thi ham 5 cat truc tung tai (0;-1) nen -l=—=b=-1.

Vay b<0<a.

Dua vao do thi:

=a=1>0.

oo
o

» Ham s6 luén nghich bién trén titng khodng xac dinh nén ad -bc=a-b<0 < a<b.

- Vay O<a<b.

2
* Tiém can ding X=B=2:>b:1

a
- Tiém can ngang y=6=1:> a=hb=1

*Vay T=a+b=2

+ D6 thi ham s6 trén hinh vé c6 tiém can ngang 1a duong thing y=-1 ma lim y=a,
X—>+0

lim y=a nén do thi ham sé da cho cé tiém can ngang la duong thing y=a suy ra a=-1
X—>—0

—X+b
*Suyra Y=
X+C
b_,
N . P . .2 C b:2
» D6 thi ham s6 di qua cac diém A(0;-2),B(2;0) suy ra &
0_—2+b c=-1
2+¢C

*T=a-3h+2c=-1-6-2=-9.

- Giao diém véi truc tung: x=0=y=—b.
*Ma —-b<0<b>0.

+ Mat khac, tiém can ngang y = E
C

'Ma%>0<:>c>0.
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Cau 10: + (H)y=f(x)= (a-1)x+b

~ 7 _d<0
(c-1)x+d <

* Nhin do thi:

- f(0)<0 <:>g<0,ma d<0.Suyrab>0.

, . b
. (H) cat truc OX tai diém c6 hoanh d6 am. Suy ra ——— <0, ma b>0

Suyra a-1>0<a>1.

d d
« (H) ¢6 tiem can dine X=———  vi ———>0 ma d <0 .
( )Co tiém can ding C_l,va 1 ma

Suyra C-1>0«<c>1.
*Vay a>1Lb>0,c>1.

Cau 11: Duya vao hinh vé ta thay:
+b 3 B
4 la ham so nghich bién trén titng khodng xac dinh, suy ra

y'<0<ad-bc<0<ad <bc, loai dap an C

- Himsd Y=

o ) , d
* Db thi ham s6 ¢6 duong TCD la dudng thing: X=-—>0=c¢d <0 (1)

(2)

. ) , a
+ D& thi ham s6 c6 dusng TCN la dudng thang: Y = < >0=ac>0

Tir (1), (2) suy ra ad <0 nén loai dap an A

N . P . . . « 2 b
- D& thi ham sb giao véi truc OX tai diém c6 hoanh do X=——>0=ab<0 (3)

Tir (2), (3) suy ra bc <0 nén loai dap an D
* Vay ménh dé dang 13 B

~— X Dang @. Tim diéu kién tham s6 m théa DK cho truéc

®-Phwong phap:

©. Cho ham s5 y = &0
cx+d

(C) vaduongthang d:y=px+gq.

@®. Phuong trinh hoanh d¢ giao di€ém cta va: ax+3
cx +

:px+q<:>F(x,m):0

®. Xt ly diéu kién va tim tham s6 m thda yéu cau bai toan.
\_

_J
% B - Bai tap van dung rén luyén:

2 2 ~ N 1 2 N
Cau 1: Tim m dé duong thang y=mx+1 cat do thi y= X—+1 tai 2 diem phan biét thudc hai nhanh do
X —
thi.
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M. me(—oo;O). ®. mE(—%;-i—OO]\{O}.
@. me(0;+oo). @.mzo.

Cau 2: Gia st m = —%, a,beZ, a,b =1 la gia tri thyc ctia tham s6 m dé dudng thing

20 +1

d:y=—3x+m cit do thi ham sb y= C tai hai diém phan biét A, B sao cho trong

z—1

tam tam gidc OAB thudc dudng thang A:z—2y—2=0, véi O la gbc toa do. Tinh a + 2b.
®. 2. ®. 5. ©. 11. D.21.

Cau 3: Cho dudng cong (C):y= X—_i va dudng thang d :y = x+3m . Tim tat ca cac gia tri cia m dé
X+

d va (C) cit nhau tai hai diém phan biét A, B sao cho trung diém | ctia doan thing AB c6
hoanh do bang 3.

®. m=0. B. m=1. ©. m=-1. D.m=-2.

. 8 0 s . X+3 .
Cau 4: Tim m deé duong thang y=2x+m cat do thi ham so y = ol tai hai diem M , N sao cho do
+

dai MN 1& nhé nhét.
M. 3. ®. -1. ©. 2. D.1.

Cau 5: Goi Slatap hgp tat ca cic gia tri nguyen clia tham s6 m dé dudng thang d:y=—X+m cit do
—2x+1
X+1

thi (C) ham s6 y = tai hai diém phan biet A B sao cho AB <242 . Téng tit ca cac

phan tit ciia S bang:

M. —6. ®. 0. ©. 9. D). -27.

Cau 6: C6 bao nhiéu gia tri nguyen duong ctia tham s6 m dé duong thang y =-3x+m cit do thi ham
2x+1

sO Y= tai hai diém phan biét A va B sao cho trong tam tam giac OAB (O la gbc toa

do) thuoc duong thang x—2y—2=07?

®. 2. ®. 1. ©. 0. D.3.

Cau 7: Tim tat ci cac gia tri thuc ctia tham s m dé duong thang y=2x+m cét do thi ctia ham s

y= x+3 tai hai diém phan biét.
x+1
A). me(—o;+0).  B. me(-L+o). ©. me(-2;4). ©.me(—0;-2).

3Xx—2m
mx+1
thing d :y=3x—3m tai hai diém phan biet A, B. Tich tat ca cac gié tri ciia tham s6 m tim
dugce dé duong thang d cit Ox, Oy lan lugt tai C, D sao cho dién tich tam gidac OAB bing
2 lan dien tich tam giac OCD bang

Cau 8 Chohamsé Y=

v6i m 1a tham s6. Biét ring Vm =0 do6 thi ham s6 luon cit duong
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®. —g. ®). -4 ©. -1. D.o0.

Cau 9: Cho dudng cong (C):y= X—_i va dudng thang d :y =x+3m . Tim tat ca cac gia tri cia m dé
X+
d va (C) cit nhau tai hai diém phan biét A, B sao cho trung diém | ctia doan thing AB c6
hoanh do bang 3.

®. m=0. B. m=1. ©. m=-1. D.m=-2.

Cau 10: Cho hamsb y = 2X+11 c6 do thi (C) Tiép tuyén cia (C) cat hai duong tiém can ctia (C)tai
X_

hai diem A, B. Gi4 tri nhé nhét cia AB la

®. 4. B). 243. ©. 242. D.2.

2x+1

Cau 11: Biét duong thang Y =X—2 cit do thi hamsb y = tai hai diém phan biét A, B c6 hoanh

do lan lugt 1a x,,x. Khido x, +x; 1a:
®. Xy +Xg =5. ®. X, +Xg =2. ©. X, + X =1. @.XA+XB=3.
~ 2 < 2 z by . N £ 2X . . « 2 . N
Cau 12: Dé duong thang d:y=X—m+2 cit do thi ham s6 Y = 1 (C) tai hai diem phéan biét A va
B sao cho do dai AB ngin nhat thi gia tri m thuodc khodng nao?

A). me(-4;-2). ®). me(2;4). ©. me(-2;0). ©.me(0;2).

1.C | 2D | 3D | 4.A | 5. A | 6C | 7A | 8A | 9.D | 10.A | 11.A | 12.D

Huéng dan giai

2 2 < X +
Cau 1: - Xét phuong trinh hoanh do giao diém ciia duong thang y=mXx+1 va do thi y = 1 la

X+1
mx+1=——.
x-1

< (Mx+)(x—1) =x+1 wx=1.
omx?-mx-2=0. (1)

«bat f(x)=mx*—mx—2.

* Dé duong thang y=mx+1 cit do thi y = i—ii tai 2 diém phan biét thuoc hai nhanh do thi

thi phuong trinh (1) phai c¢6 hai nghiém X, x, phan biét khac 1 va théa méan:
X, <1< x, hay(x —1)(x, —1) <0< XX, —(X +X,)+1<0
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a=m=0 m=0
A0 m?+8m>0 m>0
= F(1) %0 S3-220 <4 m<-8< m>0.
XX, — (X, +%,)+1<0 _—2—1+1<0 m>0
m

2 - N 1 2
* Vay v6i me(0;+00) thi dudng thang y=mx+1 cat do thi y= X—+1 tai 2 diém phan biét
thuoc hai nhanh do thi.
Cau 2:

* Xét phuong trinh hoanh do giao diém ciia d va (C):

20 +1
=-3z+me3—(m+Dr+m+1=0(1) (z=1).

€T —

m > 11

» Phuong trinh 6 2 nghiém phan biét < A >0« (m +1)(m —11) >0 < - (*).
m p—

luon khac 1 vi thay =1 vao phuong trinh thi khong théa man).
+ Khi d6 phuong trinh c6 2 nghiém phan biét goila p va ¢, ta dit 1an ludt 14 hoanh do ctia
cac diem A va B = Toa do A(p;—3p +m), B(g;—3q+m).

m+1

. Ap dung dinh li Vi-et cho phuong trinh ta co: p+q = T .

_pH+qg+0_m+l

G
= Toa do cua G 1a: 3 ’ .
oa do cua a ~(=3p+m)+(-3¢g+m)+0 m—1

Yo 3 3

mil _oml o gem=—ly
9 3 5

G thuoc duong thing A <
S 4=11b=5=a+2b =21
Cau 3:

» Xét phuong trinh hoanh do giao diém ctia d va (C)

X—_i: X+3m,(x#-1) < x—3=x"+X+3mx+3m < x* +3mx+3m+3=0 (1)
X +

d cit (C) tai hai diém phan biet X #—1 khi va chi khi

< 9Im?-12m-12>0 .

A=9m*-12m-12>0
1-3m+3m+3=0

* Goi X,,%, 1a 2 nghiem ciia (1)
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X, +X, ==3m

» Khi do A(x;% +3m),B(X;%, +3m) véi {Xi.xz ~3m+3’

x1+x2_x1+x2+6mj
2 2 '

* Goi | 1a trung diém AB  taco | ( ;

2 -3m
* Theo gia thiet Xi;XZ :3<:>T:3©m:—2 ).

Cau 4:

. X+3
» Phuong trinh hoanh do giao diém: 2X+m = il

< (2x+m)(x+1)=x+3

< 2x*+(m+1)x+m-3=0(1).
* Dé c6 hai giao diém thi pt (1) phai ¢6 hai nghiém phan biét. Diéu nay tuong duong véi
A>0 ©&m —6m+25>0 .
* Goi X;, X, la hai nghiém ctia phuong trinh (1) . Gid st M (X1; 2X, + m) , N (XZ; 2X, + m)

+ Khi do, ta co:

MN® =5(x =) =5 (% + ) -1, | ZSKmZ‘HTJm;g}

5

=Z[(m— )2+16}2

16=20.

Alo

Cau 5:

—-2X+1
=—X+m

« Phuong trinh hoanh do giao diém ctia duong thing d va d6 thi (C) 1a:

{x;t—l
T (x)=x2—(m+1)x+1-m=0(1)

- Duong thang d cit do thi (C) tai hai diém phan bigt <> phuong trinh (1) c6 hai ngiem

A=m2+6m—3>0© m<-3-2y3,m>-3+23
f(-1)=0 1+m+1+1-m=0

phan biét khac -1 <:>{
oSm<-3-23,m>-3+23 (*)

» Gia st A(X;—=% +m),B(X,;—X, +m); X, X, 1a hai nghiém ctia phuong trinh (1)
* Taco: AB<22 < AB? <8 (%, —% ) +(% —%,) <8 (% +%,) —4xXx, <4

& (m+1)° —4(1-m)<4om?+6m-7<0e -7<m<1

+ Két hop (*)ta c6: =7 <m<-3-2/3 hodc —3+24/3<m<1

* Do M nguyén nén m=—7 hodac m=1
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*Vay S=-6_
Cau 6:

2x+1
x-1

» Phuong trinh hoanh do giao diém: —3x+m=

* V6i didu kien x#1, < 3%’ —(m+1)x+m+1=0

2X+1

- Duong théng y=-3X+m cit do thi ham s y = 1 tai hai diém phan biet A va B khi

va chi khi phuong trinh c6 hai nghiém phan biét khac 1, diéu kien:

{(m+1)2—12(m+1)>0 {mz—lom—ll>0 {m<—1
fa— = .
m>11

3.1 —(m+1).1+m+1+0 320

« Khong mét tinh tdng quat, gia sit A(X;—3% +m), B(X,;—=3%,+m) véi X, X, 12 hai

m+1
nghiém phan biét phuong trinh . Theo dinh li Vi-et ta c6: X, +X, = 3

2 m+1 m-1
* Goi M 1a trung diem AB | ta c6: M (TT) . Gia st G(X; y) la trong tam tam giac

3
+
|

X_rn+1
n 1 m-1
& 9 .VayG(ELLiEL—j.

>
Il
m‘

I S
OAB , ta co OG=-0M
, ta co 3 = 9 3

<
Il
WIN WIN
3
|
'_\

y_m—1
3

N ‘

m+1 m-1

- Mit khéc, diém G thuoc dusng thing X—2y—2=0 nén ta co: —Z.T—Z =0

11 R
S m= 5 ). Do d6 khong c6 gia tri nguyén duong clia M thoéa man yéu cau bai toan.

Cau 7:
,  X+3 N
* Phuong trinh hoanh do giao diem: ﬁ =2X+m (*), véi diéu kien xac dinh X#-1.
- Bién ddi v thanh: 2X* +(M+1)X+m-3=0 (**).
* Theo yéu cau dé bai, phuong trinh can c6 hai nghiém phan biet khac —1, tic la:
A=(m+1)°-4.2.(m-3)>0 m? —6m+25>0
) = < me(—wo;+o).
2.(-1)"+(m+1).(-1)+m-3=0 -2#0
Cau 8:
3x—2m
+1

+ Phuong trinh hoanh do giao diém ctia do thi ham s6 Y= v6i duong thing

d:y=3x-3m la:

1
X#t——

XM _ay 3m o g(x) =3¢ ~3mx—1=0 (1)

mx +1

*Taco: ¢ (—ij = iz +2#0,Vm=0 vaphuong trinh (1) luon c¢6 hai nghiém trai dau vm#0
m m

- Gia sit X, %, 1a hai nghiém phan biét ctia phuong trinh (1) .
« Khi d6 toa do hai diém A, B 1la A(x,3% —3m), B(X,;3x,—3m)
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= AB?=10(%,—X%, )’ =10[(x1+x2)2 —4X1Xz]-

. 4 3m
- Ap dung Viet ta c6 AB? =10(m2 +gj = AB= ’1O£m2 +§j va d (o;d):% :

1 1 4
* Do d(), SAOAB :Ed(o,d)AB :E m2+§|3m| .

1 1
- Toa céc diém C,D 1a: C(m;0),D(0;-3m) , suy ra Saoco ~50C0D =§\3m2\_

. 2
* Theo gid thiét: Syops = 25,000 & M= ig- Vay tich cac nghiem la Y
Cau 9:
» Xét phuong trinh hoanh do giao diém ctia d va (C)

X—_iz X+3m,(x#-1) < x—3=x*+X+3mx+3m < x* +3mx+3m+3=0(1).
X +

- d cit (C) tai hai diém phan bigt X #—1 khi va chi khi

A =9m? —12m—12
{ IM*—12m—12>0 _ g2 _1om_1250

1-3m+3m+3=0

« Goi X, X, 1a 2 nghiém ctia (1)

X, + X, ==3m

« Khi d6 A(xl;x1+3m), B(XZ;X2 +3m) vGi {xi.xz _3m43’

* Goi | latrung diém AB  taco | ( > 5

x1+x2_x1+x2+6mj

« Theo gia thiét

5% 30 M _3am=—2)
2 2

Cau 10:
. y' — _3
(x-1)°

phuong trinh tiém can ding la:d : x =1 phuong trinh tiém can ngang la:d':y=2

vx =1

-3 (x—x0)+2X° +1

X, —1)° X, —1

» Tiép tuyén ciia(C) la y= v6i X, #1 13 hoanh do tiép diém

* Gi4 st

(C)md=A£1;Mj;

X, —1
- (C)nd'=B(2x,-12)

= AB = \/(Zxo ~2) +[XO4_J > \/ZJ(ZXO -2y’ .(XO4_J
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= AB>4

2
=+2+1
- Déang thiic x4y ra (2XO—2)2:( 4 ]@(Xo—l)2:2<:>{xo V2+

* Vay gia tri nho nhat ciia AB 1a: 4
Cau 11:

2x+1
x-1

* Xét phuong trinh hoanh do giao diém ciia duong thing Y =X—2 cit do thi ham sd Y = 1a:

_2x+1
x—1

X—2

< (x-2)(x-1)=2x+1< x* -5x+1=0. (1)

2x+1 , .
1 tai hai diém phan biét A, B ¢6 hoanh do lan

» Khi duong thing Y =X-2 c#t do thi ham s6 Y=

Iugt 1 X,, X thi X,, Xg 13 hai nghiém ctia phuong trinh (1) .

~(-5)

* Vay theo dinh 1y viet ta co: X, +Xg = — 5.
Cau 12:

» Phuong trinh hoanh d¢ giao diém ctia d6 thi (C) da cho va duong thing d la:

—Xlzx—m+2<:>x2—(1+m)x+m—2:0 (1) voi x=1.
X_

» Do X=1 khong thoa phuong trinh (1) nen do thi (C) cit duong thing A tai hai diém phan biet A |
B khi va chi khi phuong trinh (1) c6 hai nghiém phan biét X, , X, .

Ticla A=(1+m)’ —4(m=2)=m*-2m+9=(m-1)"+8>0, VmeR .
- Vay v6i moi gié tri thie cia M duong thing d luon cit d6 thi (C) tai hai diém phan biét.

X +X,=1+m
Theo Vi- ét ta co:
XX, =m—2
« 06 A(X;% —m+2), B(X,;X, —M+2) la toa do hai giao diém ma A cit d6 thi ham s6 da cho.
.. AD 2 2 2 2
Taco: AB=(X, —X;X, —X ) = AB* =2(x —%,)" =2(% +%,) —8xX, =2m* —4m+18 .
Taco: 2m* —4m+18=2(m~1)" +16>16 hay AB?>16< AB>4 .

*+ Vay do dai nhoé nhat cia AB bang 4 dat duge khi m—-1=0&m=1,
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[ll Bai 8: TIEP TUYEN CUA DO THI ]

Dang (1). Tiép tuyén tai tiép diém ctia d6 thi

-

®-Phuwong phap:

e Tiép tuyén véi (C) tai M(xogf(xo)) 13 duong thing

Ary=1"(x)(x—x)+ f(x,).

® Déviét PTTT ciia (C) tai M (x,:f(x,)):

®. Xic dinh toa do tiép diém x,; y, tir gid thiét

®. Tinh heé s6 goc tiép tuyén: f'(x,)

®. Thay vao cong thicy = 1'(x,) (x—x, )+ £ (x,) ] & -
®- Chi y: Toa do giao diém dac biét sau:

M(xp:f(x0))

¢ Giao diém ctia dd thi véi truc tung: (0; y[})

¢ Giao diém ctia do thi v6i truc hoanh: (JCO;O)

- J

% A - Bai tap minh hoa:

Caul:  Viét phuong trinh tiép tuyén cua dd thi ham sd y = x* —4x*+5 tai diém c6 hoanh d6 x=—1.

@.y=4x—6. .y=4x+2. ©. y =4x+6. @.y=4x—2.
Loi giai PP nhanh tric nghiém
@Chon C
®Tacod y' =4x>-8x, y'(-1)=4. e Casio: tim y'(-1)=4.

M vEe @ A

eDiém thudc do thi da cho c6 hoanh d6 x=-1 la: M (-1 2). I S
a5l

*V/ay phuong trinh tiép tuyén cua do thi ham sb tai M (-12) 1a 1

y=Y (-1)(x+1)+2 < y=4(x+1)+2 < y=4x+6.

2X+3

Cau 2: Tiép tuyén ctia do thi ham s6 y = tai diém c6 hoanh do bing 3, tuong tng la

@.y=7x+13. .y=—7x+30. ©. y=3x+9. @.y=—x—2.

Loi giai PP nhanh tric nghiém
9Chon C
® x,=3=Y,=9; * Casio: y'(3)=—7
o= my(d)=-T
(x-2)
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e Phuong trinh tiép tuyén twong ung 1a
y=-7(x-3)+9< y=-7x+30.

Cau 3: Phuong trinh tiép tuyén ciia d6 thi ham s6 (C):y = ; — X1 tai giao diém cua (C) véi truc hoanh Ia
X+
1 1 1 1 1 1 1 1
LY =—=X+Z. B.y==x-=. L y=—Zx-=. Y= SX+=
®y33 .y33 ©y33@y33
Loi giai PP nhanh tric nghiém
PChon A
® Giao diém cua (C) va Oxla: A(1;0) e Casio: y'(1) =_%
. -3 A 1
°Taco: y'=———=nén y'(1)=—=
(2x+1)° ) 3

*Phuong trinh tiép tuyén cua (C) tai A(L0) la: y=y'(1)(x-1)+0

1 1 1
=——(x=1)h — =
=Y (X ) ay y X+

.z Z B X . N £ X 1 . « 2 P ~ S N
Cau 4: Phuong trinh tiép tuyeén ctia do thi ham so y = + tai diem c6 tung do bang —2 1a

A).y=3x+1. ®.y=—-3x—1. ©. y=—3x+1. D.y=-3x+3.
Loi giai PP nhanh tric nghiém
SChon C
- i _
° Goi M x,;y, thuoc dd thi ciia ham sb y:X—Jr; ma Y, =—2. * Casiory’ 1 =-3
X_
e Khi do X°+1:—2:>x0+1:—2 X—2 & X%=1=M 1,-2 .
Xy —
® Tacs y=—,suyra y’ 1 =-3.
X—2

~ ~ o X A 2 X . N A X+1 .
® Do d6 phuong trinh tiép tuyén ctia do thi ham s6 y=—— tai
ML-2 lay=-3x—-1—-2=-3x+1.
% B - Bai tap rén luyén:
Cau 1: Phuong trinh tiép tuyén ctia d6 thi ham s6 (C):y = 5 — 1 tai giao diém ctia (C) véi truc

X+
hoanh la
1 1 1 1 1 1 1 1
Y= X 4= B.y==x-=. e & LY =X+
®.y=-2x+2 ®.y=3x-3 ©.y=-2x-2.  ©@.y=cx+g

Cau 2: Cho ham s6 y=x>—4x*+1 c6 do thi (C) Viét phuong trinh tiép tuyén véi do thi (C) tai
diém M ¢6 hoanh do x=1.

.y =-5x+3. B.y=5x-3. ©. y=3x-5. D).y =-3x+5.
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Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Phuong trinh tiep tuyén ctia do thi ham so y = -1 tai diem c¢6 hoanh do bang -1 1a
X —_

@.y:x+2. .y:—x+2. ©. y=—-X-3. @.y:x—l.

2z 1 N Zz Z )d
Cho ham so y = 3 X2+ x> —2x+1 c6 d6 thi la (C) Phuong trinh tiep tuyen cia (C) tai diem

M(L‘%)la
@.y:3x—2. .y:—3x+2. ©. y:x—g. @.y=—x+§

. . . ) -1 .
Phuong trinh tiép tuyén ctia do thi ham sd y = X_l tai diem C(-2;3) la
X+

@.y=2x+7. .y=2x+1. ©. y=-2X+T1. @.y:—Zx—l.
Viét phuong trinh tiép tuyén ciia dd thi ham s6 y = x® —3X tai diém c6 hoanh do bing 2.

A).y=-9x+16. B).y=-9x+20. ©. y=9x-20. D).y =9x-16.

. A A 2 X . N A X
Tiép tuyén ctia do thihamsd y = f (x) = 1
X+

@.%. ®.2. ©. 0. ©.-2

tai diém M (-3;2) c6 hé s6 goc bang bao nhieu?

2
Z Z Z b Z X 2
Viét phuong trinh tiép tuyén ctia do thi ham s6 y = f (X) = > + X tai diem M (2; 4).

®). y=3x. B).y=3x-2. ©. y=3x-1. D).y =-3x+10.

2 X _1 Z Z N Z 2
Cho ham s y = 1 Phuong trinh tiép tuyén ctia d6 thi ham s6 da cho tai diem A(-2; 3) la
X+

A, y=-2x-1. B).y=-2x-7. ©. y=2x+1. D.y=2x+7.

Phuong trinh tiép tuyén ctia do thi ham s6 y = x> +3%* + x+ 2 tai diém c6 hoanh do bing -1
la

@.y:—Zx—S. .y=—2x+1. ©. y=-2x-2. @.y=10x—13.

e A e i oo X+ P
Phuong trinh tiép tuyén ctia do thi ham soy = tai diém c6 hoanh do bang 3 la

M.y =-3x+13. B).y=3x-5. ©. y=3x+13. D.y=-3x-5.
Phuong trinh tiép tuyén ctia dd thi ham s6 y = x°—3x* +1 tai diém A(3;1) la

A).y=-9x-3 B).y=9x—26 ©. y=9x+2 D.y=-9x-26

Tim hé s6 goc clia tiép tuyén ctia do thi ham sé y =

9 5 5
®.;. ®.-3. ©. 5 ©®.-10.

, 7
tai diém c6 tung do Yy = 3

Cho ham sb y=—x*+3x—2 c6 do thi (C) Viét phuong trinh tiép tuyén cta (C) tai giao diém

ctia (C) véi truc tung.

@.y:—2x+1. .y:2x+1. ©. y=3x-2. @.y:—3x—2.
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Cau 15: Chohamsb y = X;i . Viét phuong trinh tiép tuyén ctia do thi ham s6 trén tai diém c6 hoanh
X +
do X, =0.
@.y:3x—2. .y=—3x—2. ©. y=3x-3. @.y:3x+2.
Cau 16: Cho ham s6 y=x>—3x+4(C). Tiép tuyén ctia do thi (C) tai diém M (-2;2) c6 he s6 goc bing
bao nhiéu?
®.9. ®.0. ©. 24. D.45.

1.A 2.A 3.C 4.C 5 6.D 7.A 8.B 9.D 10.B

11.A | 12.B | 13.C | 14.C | 15.A | 16.A

/— Dang ). Tiép tuyén ctia do thi biét hé sé goc k ﬁ

®-Phwong phap:

¢ D& cho hé sb goc tiép tuyén bang k
G Viét PTTT ciia (C) tai tiép diem M (x,;v,)
®. Hé s6 goc tiep tuyén: f'(x,)=k = x,="?

8. Xac dinh x, = y, =7

®. Thay vao cong thicy = f '(xo )(x —x, )+ f(xo) M(x:f(x0))

[o) x
!
®- Chu y: Cac vi tri tuong ddi co ban:
¢ Cho A, :y=kx+m va A,:y=k,x+m,.Taco:
k =k,
o A=A & ;
m, =m,
k =k,
[ ] A] ||A2 = ’
m, #m,
e ALA & kk,=-1;
cane) e o k —k,
e Cho e(0:90'),taco: A, tao véi A, goc @ < =tana;
1+ kk,

L Pic bigt: néu k, =0 thi: A, tao v6i A, goc o < |k |=tane .

% Ham s6 bac ba: Tiép tuyén tai diém ubn c6 hé sé goc bé nhat khi a>0 va l6n nhat
khi a<0

\_

% A - Bai tap minh hoa:

J
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Cau 1: Tim heé so gbc cia tiep tuyen ciia do thi ham so y = tai diém c6 tung do Yy = —g.

9 5 5
@'g' .—5. ©. 5 D). -10.

Loi giai PP nhanh tric nghiém
SChon C
7 3-4x 7 5
o y=—-—= =—— o x=-1. e Casio: y'(-1)==
Y5737 2 T3 asio: y'(~1)=3
®Taco: y = > 5 -
(x-2)
~ ~ A P X N N ’ 5
® Vay hé so gbc can tim la Yy (—1) = e

Cau 2: Chohamsé y=X>—Xx*+2X+5 ¢6 d6 thi (C). Trong cac tiép tuyén ciia (C), tiép tuyén cé hé
s6 goc nhé nhat, thi he sd goc ciia tiép tuyén do 1a

4 ® 5 2 1
@.3. ..3. @.3. @.3
Loi giai PP nhanh tric nghiém
9Chon D

® Ta c6 hé sb goc:y' x, =3x02 -2z +2 o Casio: y'(z ) = 5
? 3

eHe 56 géc nhé nhat khi y" @, =0=>6z —2=0=>z — %

5

3

Cau 3: Cho do thihamsé y=x>-3x(C). Sb cdc tiép tuyén ciia do thi (C) song song véi dudng thing
y=3x+2021 1a

®.2. ®.1. ©. 3. D.o.

*Thay z, :g vao y'(z,) =

Loi giai PP nhanh tric nghiém
2Chon D
o y=x-3x=y =3x*-3 e Casio hd trg tim X,; Y,

* Goi M(Xg;Y,) latiép diém.

® Vi tiép tuyén song song véi duong thang y=3x—10 nén
f(%)=3=3¢-3=3cx, =42

® Véi X, = V2= Yo = 2 : phuong trinh tiép tuyén 1a

y=3(x—J§)—J§=3x—4J§

® Véi X, = 2= Yo = J2 : phuong trinh tiép tuyén la

y:3(x+\/§)+\/§:3x+4«/§
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Cau 4: Cho hamsd y=-x>+3x*—3 ¢6 dd thi (C). S6 tiép tuyén cta (C) vuong goc véi dudng thang

y=%x+2020 la

®.2. ®.1. ©. 0. D.3.

Loi giai PP nhanh tric nghiém
SChon A
* Goi (Xy;Y,) la toa do tiép diém. ® Casio ho trg tim X,; Y,

*Taco y =-3x>+6X.
~ gt A A 2 ~ 2 P N 2 1
®Vi tiep tuyen cua (C) vuong goc voi dusng thang y = 9 X+ 2020

~ ’ 1 ' 2 XO:_l
nén y'(x,). 5 =-1o Yy (X%)=-9<-3%x"+6x,+9=0< ‘3"
, =

*Véi X, =-1=Yy,=1,suyra PTTT la: y=—9(x+1)+1
& y=-9x-8

*V6i X, =3 =Yy, =-3,suy ra PTTT la: y=-9(x-3)-3
S y=-9x+24.

% B - Bai tap rén luyén:
Cau 1: Cho ham sé y=x>-3x+4(C). Tiép tuyén cia d6 thi (C) tai didm M (-2;2) 6 he s6 géc bing

bao nhiéu?

®.9. ®.0. ©. 24. D.45.

Cau 2: Trong céc tiép tuyén tai cac diém tren do thi ham s6 y=x>—3x*+2, tiép tuyén co hé sd goc
nho nhat bing

®.-3. ®.3. ©. 4. ®.o0.

Cau 3: Hé sb goc ctia tiép tuyén ctia dd thi ham sd y=tanx tai diém c6 hoanh do X, = % 13

®.L g ©.1 ©.2

Cau 4: Cho hamso y = -3 x* —2x*—3x+1 c6 dd thi (C) Trong cac tiep tuyen V61(C), tiep tuyeén co

hé s6 goc 16n nhat bang bao nhieu?
®.k=3 ®.k=2 ©. k=1 ©@.k=0

Cau 5: Cho ham s6 y =Xx*—6x+5 c6 tiép tuyén song song vdi truc hoanh. Phuong trinh tiép tuyén dé
la:

). x=-3. .y:—4. ©. y=4. D.x=3.
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3
< A A 2 X . N A X ~ ~ A ~ 7 ~ N
Cau 6: Tiep tuyen ctia do thi ham so y = ?+ 3x*—2 c6 he s6 goc k =—-9, c6 phuong trinh la:

A.y-16=-9(x+3). ®.y=-9(x+3). ©. y-16=-9(x-3). ©. y+16=-9(x+3).

Cau 7: Cho ham s6 y =2 _4 6 do thi (H ). Duong thdng A vuong goc véi dudng thang d: y=-x+2
X

va tiép xtc v6i (H) thi phuong trinh ctia A 1

®.y=xss .[y . © {y . ©.Knong ton tai.
y=x+4 y=X+6

Cau 8: Lap phuong trinh tiép tuyén ctia dudng cong (C):y = x> +3x* —8x+1, biét tiép tuyén dé6 song
song v6i dusng thing A:y=Xx+20207

A,y =x+2021. ®.y=x+4.
©. y=x—4;y=x+28. D).y =x-2021.
Cau 9: Cho ham s6 y=X—+i (C). C6 bao nhiéu cip diém A, B thuoc (C) ma tiép tuyén tai d6 song
X_

song v6i nhau

®.0. ®.2. ©. 1. D). Vo sb.

Cau 10: Cho ham s6 y=-x°+3x" -2 ¢6 dd thi (C). S6 tiép tuyén ctia (C) song song véi duong thang
y=-9x-7 la

®.1. ®.3. ©. 4. D.2.

Cau 11: Cho ham s6 y=x°—2x*+2x ¢6 dd thi. Goi X, X, 1ahoanh d6 cac diém M, N trén (C), ma
tai do tiép tuyén ctia (C) vuong goc v6i dudng thang y =—x+2020. Khi d6 X, +X, bing
4 -4 1
@.g. .?. @.5. ©.-1.

Cau 12: S6 cap diém A, B trén do thi ham s6 y=x>+3x* +3x+5, ma tiép tuyén tai A, B vuong géc
vGi nhau la

A.1 ®.0 ©. 2. D.Vo sb

Cau 13: Biét do thi (C) cia hamsé y = cit do thi (C') ctia ham sé y = x* +1 tai hai diém A, B.

Tiép tuyén tai hai diém A, B VG? é(;( thi (C) c6 hé s6 goc lan lugt 1a Kk ;k,. Tinh tdng k, +Kk, .
B,k +k, =3. .kl+k2:; ©. k +k,=1. @.kl+k2=—g.

Cau 14: Chohamsé f(x) = 2X_+11,(C). Tiép tuyén cua (C) song song véi duong thang y = —3x c6 phuong
trinh la
A.y=-3x-1y=-3x+11. (B).y=-3x+10;y = —3x—4.
©. y =-3X+5;y=-3x-5. @.y:—3x+2;y:—3x—2.
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Cau 15: Cho ham s6 y :Zx_—ll(c)_ Tiép tuyén cua vudng goc véi duong thing x+3y+2=0 tai diém co
X+
hoanh do
x=0 x=0
®.x=0. ®.x=-2. @[ . @.{ .

Cau 16: Cho ham sb y = x* —3x* +1 ¢6 dd thi Ia (C). Phuong trinh tiép tuyén cua (C) song song véi duong
thang y =9x+10 1a
®).y=9x+6,y=9x—28. (B).y=9x,y=9x—26.
©. y=9x-6,y=9x-28. @.y:9x+6,y=9x—26.

Cau 17: Cho ham s6 y=x*—3x*+2 ¢6 dd thi (C). Phuong trinh tiép tuyén ciia d6 thi (C) biét tiép tuyén
song song véi dudng thang d:9x—y+7=01a

R, y =9x +25. B).y=-9x-25. ©. y=9x-25 D). y=-9x+25.
Cau 18: Viét phuong trinh tiép tuyén ctia d6 thi ham sé y = f (x) =~/2x+1, biét rang tiép tuyén do6 song song
vé6i duong thang x—3y+6=0.

1 1 1 5 1 5
y==—x-1. y=—x+1. L Y=—X——. Y ==X+—.
®.y 3 ®.y 3 ©.y X3 D.y 353

3
Cau 19: Cho ham sé y :X?+3x2 —20c6 d thi 1a (C). Viét phuong trinh tiép tuyén voi do thi (C) biét tiép
tuyén c6 hé s6 goc k =—9.
A).y+16=-9(x+3). ®.y=-9(x+3).
©. y-16=-9(x-3). ©.y-16=-9(x+3).
: . ) 1 7 , Y
Cau 20: C6 bao nhiéu diém trén d6 thi ham s6 y = 3 x® +3x° —5x+§ ma tiép tuyén cua do thi ham so da

cho tai diém do song song vai tryc tung.

®. vo sé. ®. 2. ©. 0. D.1.

1.A 2.A 3.D 4.C 5.B 6.A 7.C 8.C 9.D 10.D
11.A | 12.B | 13.B | 14.A | 15.C | 16.D | 17.C | 18.D | 19.C | 20.C

( Dang @. Bai toan tim tham s, dién tich tam giac, ... )

®-Phuong phap:
14 fjng dung phuong trinh tiép tuyén ctia do thi
¢ Khai théc diéu kién ctia bai toan

¢ Giai quyét bai toan

. J
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% A - Bai tap minh hoa:

Cau 1: Tim m d8 moi tiép tuyén ciia dd thi ham s6 y=X° —mx?+(2m-3)x—1 déu ¢6 he sb géc duong.

A). m=0. ®.m>1. ©. m=1. D.me@
Loi giai % PP nhanh triac nghiém
9Chon D .
e He s6 goc tiép tuyén ctia do thi ham s
o y=x3—mx?+(2m-3)x—1tai tiép didm M (X;Y,)1a
o y'(%)=3x;—2mx, +2m-3
e Heé s6 goc luon duong

< Y'(%)>0,vx, ER@{Z?O o(m-3) <0emed

<0

z 1 ~ z Z )d
Cau 2: Chohamsé y= 1 6 do thi (C). Goi A la tiép tuyén ctia (C) tai diem M (2;1). Dién tich
X —
tam gidc dude tao bdi A va cic truc bang

®.3. .g. ©. 9. @.g.

Loi giai % PP nhanh triac nghiém
<Chon B ® Casio

o y'= -1 ~. Theo dé x, =2;y, =L y'(%)=-1.
(x-1)
® Suy ra pttt A la: y=—-x+3.
e Tiép tuyén A cit cac truc Ox,0y lan lugt tai A(3;0),B(0;3).
® Do do6 dién tich tam giac duge tao béi A va cac truc toa do

bing: S =L.0AOB=2.
2 2

Cau 3: Cho ham s6 y=x°-2x>+(m-1)x+2m (C,). Tim m d@ tiép tuyén c6 he sd goc nhé nhat
clia dd thi (C,,) vuong géc v6i duong thang Ay =2x+1

®.m=1. ®.m=2. ©. m:1_61. @.m:l%.

Loi giai % PP nhanh tric nghiém
9Chon C ® Sttdung: y'’=0
r_ 2 _ _ 2 .
° ¥y =3 -dx+m 12 ® Suy ra X, == c0 hé s6 goc nho
® Tacé y' =3 x—gj +m—z>m—Z hé 3
3 3° 3 nhat
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e Tiep tuyen tai diém c6 hoanh do X =§ c6 hé s6 goc nho nhat OZ(m—g):—lz m :1—61.

ShA A g ar g g 7
va hé so goc do co gia tri k=m—§.

® Theohaira: 2k=-1< Z(m—gjz—lz m=1—61.

% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

X - m X . N P ., . ~ 2 N o« L A 2 .
1 c6 do thila (Cm). Vi gia tri nao cia m thi tieép tuyén cia (Cm) tai

X+

diém c6 hoanh do bang 0 song song véi dudng thing d :y=3x+1.

®.m=3. B.m=2. ©. m=1. O.m=-2.

Cho ham s6 y=x>-1-m(x+1) (C, ). C6 bao nhiéu gia tri ctia m dé tiép tuyén tai (C,,) tao

Cho ham s6 y =

v6i hai truc toa do mot tam giac c6 dién tich bang 8?

®.1. ®.2. ©. 3. D.4.

Goi duong thang y=ax+b la phuong trinh tiép tuyén ciia do thi ham sé y = tai diém

X+1
c6 hoanh do x=1. Tinh S=a-b.

@.s%. ®.5=2. ©. s=-1. ©.s=1.

Cho ham s6 f (x)=x>+mx®+x+1. Goi k 1ahe s6 goc tiép tuyén ciia dd thi ham so tai M c6

hoanh do x=1. T4t c& cac gié tri thyc ctia tham s6 m dé théa man k.f (-1)<0.

A).m>2 B).m<-2, ©. 2<m<1, D.m=1

£ 2 P X
Goi la tiep tuyen clia ham so Y =
X+2

tai diém c6 hoanh do bang —3. Khi do tao v6i hai truc

toa do mot tam giac c6 dién tich la:

169 121 25 49
®.5-189 ®.5-121 ©. 5.2 O.5_49
6 6 6 6
Dudng thing y=9x+m la tiép tuyén ctia duong cong y = x> +3x* =1 khi m bing
(A). -6 hosic 26. (B). -1 hodc 3. ©. -3 hosc 1. D). 3 hodc-5.

i N 1 jd Z Z
Tim m de do thi:y = 3 mx® +(m —1) X2 +(3m —4) X+1 ¢6 diem ma tiép tuyén tai d6 vudng goc
v6i duong thing x—y+2013=0.

@.msl .—%Sm @ —%Smgl @.—%<m<1

Cho ham s6 y =X —3x+1 ¢6 dd thila (C).Gid st (d)1a tiép tuyén clia (C) tai diém c6 hoanh
do x=2, dong thai (d) cit do thi (C) tai N, tim toa do N.

®.N(1-1) ®.N(23) ©. N(-4-51) ©.N(3;19)

. 1 N . . N
Cho ham s6 y = 3 x* —3x* +X+1 c6 dd thi (C). Trong céc tiép tuyén véi do thi (C), hay tim

phuong trinh tiép tuyén c6 heé s6 géc nhé nhat?
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A.y=-8x-10. ®.y=x-10. ©. y=-8x+10. (DO.y=-x+10.

Cau 10: Cho ham s6 y=x>—mx*—mx+2m—3 c6 do thi la (C),véi m la tham s6 thye. Goi T la tap
tat cA cac gid tri nguyén ctia m dé moi dudng théng tiép xic véi (C) déu co he s6 géc duong.
Tinh tong cac phan ti ciia T .
®.3. ®.6. ©. -6. ©.-3.
Cau 11: Cho hams6 y=-x°+mx’+mx+1 ¢6 d6 thi (C). C6 bao nhiéu gia tri cia m dé tiép tuyén c6
hé s6 goc 16n nhat ctia (C) di qua goc toa do O7?
®.2. ®.1. ©. 3. D.4.
- g 1z PR s asax 2 s oo 2X+3
Cau 12: Trong cac duong thang sau, duong thang nao la tiep tuyen ciia do thi ham so y = > chan
X+
hai truc toa do mot tam giac vudong can?
@.y:x+2. .y:x—2. @ y=—X+2. @.y:%x+g.
1D 2.D 3.D 4.C 5A 6.A 7.C 8.C 9.C 10.D | 11.B 12.A
Huéng dan giai
Cau 1:
*Tap xac dinh: D = R\{—l} )
*‘Taco: y'= m+12 .
(x+1)
*Goi M (0;—m)e(C,); k 1a he s6 goc clia tiép tuyén ctia (C,,) tai M va d:y=3x+1.
*Do tiép tuyén tai M song song véi d nén k=3 y'(0)=3 <l+m=3<m=-2
Cau 2:
. (Cm)giao v6i Oy :M (O;l— m)
y'=3x*—m,y(0)=—
-Phuong trinh tiép tuyén ciia (C,,) tai M 1y =—mx+1-m
*Néu m=0 tiép tuyén song song véi Ox
«Xét m=0.Goi A,B lan lugt 1a giao diém tiép tuyén va hai truc toa do
= A(l—m oj B(0;1-m).
m
1-m)’ m=9+4/5
*Taco Sypg =8 = OAOB 8o ‘ ‘|1— 8<:>( ) =16 < V5 .
2 m| m=-7+4J3
*Vay c¢6 4 gia tri cia m théa man.
Cau 3:

*Ta co:
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1
X, =1l=>y,=—.
0 Yo >
3 , 3
S
(x+1)° 4
~ < A FS e 3 1 3 1
*Phuong trinh tiep tuyen c6 dang: y :—(X—1)+— =>y=—X——
4 2 4 4
3
a=-
= 4 =S=a-b=1.
1
b=-=
4
Cau 4:
‘Taco: f/ x =3x*+2mx+1; k=f"1=4+2m; k.f —1 = 4+2m m—1.
*Khi d6: k.f (-1)<0 < (4+2m)(m-1)<0 & -2<m<1.
Cau 5:
*Tiép diém ctia tiép tuyén va do thila M (—3;4) .
CF(X)= 2 £/(-3)=3
(x+2)
*Phuong trinh tiép tuyén ctia d6 thi ham s6 tai diém M (-3;4) la:
*y=3.(x+3)+4 hay y=3x+13.

e aa s A, s 13
* Cac giao diém cta tiep tuyén nay véi cac truc toa do la: A(0;13), B _E;O )
*Tam giac OAB tao thanh co6 dién tich la:

S :EOA.OB:E.l&E :@.
2 2 3 6
169
*Vay S=—.
Ly 6
Cau 6:
<y =3x*+6X.
*Duong thing d:y=9x+m c6 hé sbé gocla 9.
*Dudng thing d:y =9x+m la tiép tuyén ciia dudng cong y = x> +3x*> -1 khi d6 y' =9
) x=1
&S 3X+6x=9 < .
X=-3
*Tai A(L3) tacé d:3=9+m<m=-6.
*Tai A(—3;—1) taco d:—-1=-27+m<Sm=26.
Cau 7:
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*Dé tiép tuyén clia do thi vuong géc v6i dthang X—y+2012=0 khi va chi khi y'.1=-1 hay

.1
mx* +(m+1)x+3m—-3=0 c6 nghiém VeR. Ddp so: —Eﬁmﬁl.

Cau 8:

*Tiép tuyén (d) tai diém M ctia dd thi (C) c6 hoanh do X, =2=>y, =3

‘Taco y'(X)=3x"-3=Yy'(X,)=Y'(2) =9

*Phuong trinh tiép tuyén (d) tai diém M ctia do thi (C) la

Y=Y ()(X=%)+Y, = Yy =9(X-2)+3=y =9x~15

*Xét phuong trinh x*—3x+1=9x-15< x* ~12x+16 =0 < (x—2)(X* +2x-8) =0

<> X=—4 hodc x=2

*Vay N(—4;-51) la diém can tim
Cau 9:

*Tap xac dinh: D=R.

ey =x"—6x+1

*Gol (XO; yo) 1a tiép diém.

*Tiép tuyén c6 he s6 goc 1a k = y'(X,) = X2 ~6%; +1=(x, —3)' ~8>-8.

*Do d6 tiép tuyén c6 he s6 goc nhé nhat la k=-8 khi x,=3 =y, =-14.

*Vay phuong trinh tiép tuyén can tim la: y=-8(x-3)-14 = y=-8x+10
Cau 10:

*Ta c6: Y =3x*—2mx—m. Goi M (X,;Y,)€(C) suy ra hé sé goc clia tiép tuyén ctia (C) tai

2 2 2
) m* +3m
M 6 hé s6 goc la k = y'(x,) =32 —2mx, —m =3(x0 —gj —[%erJ z-( ; J
*Dé moi dudng thang tiép xtc véi (C) déu co he s6 géc duong thi :
2 2
_[ m°+3m >0 M’ +3m <0< -3<m<0.
3 3

— Tap cac gia tri nguyén cia mla: T = {—2;—1} . Vay téng céc phan titciia T la: —3.

Cau 11:
m)* m?’ m?
*Taco y' =-3x"+2mx+m =—3(x—§j +§ +m SE +m.
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SN . m , . » ) , m? L .
*Dau bang xay ra khi X= 3 khi d6 hé so goc tiep tuyen 1a f (Xo) = 3 +m va tiep tuyen cod

2

m? m) 2m®* m
d = f X — X h = —+m| Xx—— |+ —+—+1
ang Y= f'(%)(X=%)+Y, hay y [ 3 j( 3) 73

) ) m?
*Tiép tuyen qua O :>0=—E+1:>m=3.

Cau 12:

2X+3

*‘Taco y= >
X+

(©)

“TXD: D=R\{-2}

*Goi phuong trinh tiép tuyén ctia dd thi ham s6 (C) tai diém M (Xy;Y,) c6 dang

2%, +3

d):y=—"—5.(X=%)+

(d):y (X0+2)2( 2) X, +2
2

“Ta 6 (d) Ox = A(-2%¢ 6%, ~6,0); (d) N0y =B| 0; 2 1P 10
(%, +2)

*Ta thiy tiép tuyén (d) chén trén hai truc toa do tam giac OAB luon vuong tai O

2XZ +6X%,+6

*Dé tam giac OAB can tai O tacé OA=0B = ‘—2X§ —6X, —6‘ = ( 2)2
Xy +

=-3
@%zlc{xo
(X +2)

*Ta c6 hai tiép tuyén thoa man (d):y=x va (d):y=x+2.
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