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NGUYEN HAM - TICH PHAN -
UNG DUNG

:1. NGUYEN HAM

KHAI NIEM NGUYEN HAM

$> Dinh nghia 1.1. Cho ham s6 f(z) xdc dinh trén 2#". Ham s6 F(z) duge goi 1a nguyén

ham ctia ham s6 f(x) trén ¢ néu F'(x) = f(z) v6i moi z € ¥ .

$> Dinh Ii 1.1. Néu F(x) la mét nguyén ham ctia ham s6 f(x) trén 2 thi moi nguyén ham
ctia ham s6 f(z) trén # déu cé dang F(z) + C, véi C la mot hang so.

/f(m)dx =F(z)+C

B T1iNH CHAT

. /f’(x) de = f(z) + C, /f”(x) dz = f'(a) + C, /f'"@) dz = f"(z) + C...
. /kf(a:) dz = k/f(x) dz (k 1a mot hing s khic 0).

o [ Eg@]de= [ fw)do [ gla)dz

o F'(z) = f(z) (dinh nghfa).

Bang nguyén ham mot s ham thudng gip (v8i C l1a hing sb tiuy y)

O/de:C —>o/kdx:k’x—|—0
n+1 1 bn+1
o/xadx: Y LoC e /(ax+b)" dp = LT
n+1 . a n+1
1 1 1
o [ —dr=Inlz|+C —>O/7dx:fln|a:v—|—b|+0
x ar +b a
1 1 1 1 1
—dz=——+4C /7d =——+C
./x2 v P e (ax +b)? ’ a(a:c—l—b)+




2 1. NGUYEN HAM

1 1
° /ex de=¢e"+C — S e 7/€(ax+b)d$:7€(aa:+b)_‘_c
a

a
T 1 (max+n)
O/axdx: a +C —>0/a”du:—a
Ina m Ina

1
o/cosxdx:sinx+0 —>o/cos(ax—l—b)da::5sin(ax+b)+0

1
3 /sinxdx:—cosx—i—c — e /sin(ax—i—b) de = ——cos(ax +b) + C

a
1 1 1

o/ dz =tanz + C —>o/—dx:ftan(a:c+b)+0
cos? x cos? (ax + b) a

1 1
. dr———cot(ar+b
—>./sin2(a:r+b) T ~co (ax+0)+C

1
0/ — de = —cotz +C
sin“ ©

< < . 1
Chu y: Khi thay x bang (az + b) thi khi lay nguyén ham nhéan ket qua thém —.
a

CAC DANG BAI TAP

Bi Dang 1.1. S dung nguyén ham co ban

@ Vidu 1 (THPT QUOC GIA 2021 - DJT 1 - Ma 101). Cho ham sb f(z) = 22 + 4.
Khing dinh nao dusi day ding?

@/f(x)dsz:p—l—C.

3

@/f(:t)dm:§+4x+0.

/f(:t)dm:$2+4m+0.
@/f(:p)dx:x3—|—4m+0.

@ Vi du 2 (THPT QUOC GIA 2021 - DQT 1 - M4 102). Cho ham sé f(z) = 22 + 3.
Khing dinh nao sau diy ding?

@/f(m)dx:x2—|—3x+0.
@/f(m)dx:x?’—I—?)x—i—C.

/f(m)dx:a;;—l—?)xﬁLC’.
@/f(m)dx:QI—i-C.

€3 https://fb.com/toanthayhoangblue
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Chuyén @& 1. NGUYEN HAM - TICH PHAN - UNG DUNG 3

(¢ Vi du 3. Ho cic nguyén ham ctia ham s6 f(z) = 52* — 622 + 1 1a

(A)2023 — 122 4 C. B)z® — 2% + 2 + C.

4
(©)202° — 1223 + 2+ C. O +2° — 2 +C.

(¢ Vi du 4. Ho nguyén ham ctia ham s f(x) = 2% + 2% 1a
4 3 1 1
@%+%+C. x4+:p3. @3x2+2x. Zx4+1m3.

(£ Vi du 5. Nguyén ham ctia ham s6 f(z) = 423 + 2 — 1 1a:

@x4+x2+x+0. 12:1:2+1—|—C.

@x4+f:€2—x+6’. @x4—;x2—x+0.

(¢ Vi du 6. Ho nguyén ham ctia ham s f(x) = 322 — 1 1a

Az +C. x;—kx—i-C. (©)6z + C. D)z® -z +C.

@fﬁLSx—f—C’. x3+3x+C’. @%-I—Sx-I—C’. @x2+3+0.

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue



4 1. NGUYEN HAM

(¢ Vi du 8. Ho nguyén ham ctia ham s6 f(x) = 2z (1 + 32°) 1a
3
@xz <1+§m2>+0. B)z <1+>—|—C’.
@2x(w+ix4)+0. @:)3 <x—l—4x>+0.

» z N A \ 2 \ X 1
(£ Vi du 9. Tim ho nguyén ham F(x) ctia ham s6 f(z) = Fm i d
T
(A)F(z) —1n|5:c—|—4\—|—C B)F(z) = In |5z + 4] + C.
1 1
©F(z) = = In 5z 44|+ C. D)F(z) = =In(5z +4) +C.

(£ Vi du 10. Ho nguyén ham ctia ham s6 f(z) = e® + x 1a

@em+x2+0. em—l—;:ﬁ—l—C.

@x+1eaf+;x2+0. D)e* +1+C.

(¢ Vi du 11. Ho nguyén ham ctia ham s6 f(z) = x +sinx 1a
2

2
@x2+cosx+0. xQ—cosx+C’. @%—cosx—i—C’. @%—l—cosx—l—()

(¢" Vi du 12. Ho nguyén ham ctia ham s6 f(z) = 22 + cosx 1a

2x —sinz + C. 1:v?’—i—sinoc%—C. 1:173—sina:~|—C’. 23 +sinz + C.
3 3

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590



Chuyén @& 1. NGUYEN HAM - TICH PHAN - UNG DUNG 5

(¢ Vi du 13. Tim nguyén ham ctia ham s6 f(r) = .

@/e%dx:Ze%—i—C’. /e%dx:e%—I—C’.

2m+1

@/ 2xdx— 1+C’. @/e%dx:;BQI—i—C’.

(¢ Vi du 14. Tim ho nguyén ham ctia ham s6 f(r) = 5227

@/52xdx:2.52””1n5+6’. ./5% 5

2z 2z 25$+1
5% dx 21 5+C 5 dx —I—C’.

1
(¢’ Vi du 15. Tim ho nguyén ham ctia ham s6 y = 2% — 3% + —.
T
3 1 z3 1
o2 R. Y _ 34~ 4C,CeR
@33 -5 +C,C€ 3 3+ 5 +CCe
3$
T In|z|+C,C R z| + C,C € R.
3 In3
> ’ N A N 2 N s 2
(¢ Vi du 16. Tim nguyén ham ctia ham s6 f(z) = o—3
2 1 2 3
@/4$_3dx 4ln|420 3|+ C ./4 x n‘a: 2’+C’

2 1
@/4$_3dx:§1n

3 3
2m—2‘+0. @/4x— ln(x—2>—|—0.

(¢ Vi du 17. Him s6 F(x) = ¢ 1a mot nguyén ham ciia ham s6 nao dudi day?

@f@)=2e”. B f@)=a"  ©Of(@)=¢" O =5

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue



6 1. NGUYEN HAM

(¢ Vi du 18. Tim tit ci cdc nguyén ham ctia ham s6 f(z) = 37°.

3° 37° =T T
@)= +C. ®-15+C ©-3=+cC. (D)—3"In3+C.

(¢ Vi du 19. Tim tat cd cdc nguyén ham ctia ham s6 f(z) = sin 5z.

@;cos5x+0. cos5x—|—C’. @—cos5x+(]. @—;cos5x+0.

(¢ Vi du 20. Ho nguyén ham ctia ham s6 f(z) = 322 + sinx 13
@x3+cos:1;+0. 6:c+cos:z:+C. ©x3—cos:c+C. @Gx—cosx—i-C’.

(£ Vi du 21. Ho nguyén ham ctia ham s6 f(z) =2z + 1 1a
(A)F(z) = 222 + z. B)F(z) = 2.
©F(z)=C. D)F(z) = 2*+z + C.

(" Vi du 22. Ho nguyén ham ctia ham s6 f(z) = e* + z 1a
1
@ez+x2+0. ez+§x2+0.

1
e+ —x2+C. @e””—i—lth.

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590



Chuyén @& 1. NGUYEN HAM - TICH PHAN - UNG DUNG 7

(¢ Vi du 23. Ham s6 F(x) nao dudi day 1a nguyén ham ctia ham s6 y = /o + 17

@) F(z) = § NNt s) ® F(z) = ;l{”/(x I+ C.
(©) F(z) + )Yz +1+C. D)F(z) = 2\4/(:5 +1)3+C.

— 1
(¢ Vi du 24. Tim ho nguyén ham ctia ham s6 f(r) = 71’ x;_ )
m J—

1
@x+m+0. x+<x_1)2+(}.

2
©%+ln|x—1|+6’. @x2+ln|x—1|+C.

(£ Vi du 25. Nguyén ham ctia ham s6 y = e 7341 13

@ ;GBerl + C. _3673x+1 + C. @ —§63x+1 + C. @36731%1 + C.

(¢ Vi du 26. Tim nguyén ham F(z) ctia ham s6 f(x) = cos g

A F(z) = 2sing +C. B)F(z) = ;sing +C.
@F(w):—QsinquC’. @F(w):—;sin;qLC’.

(¢’ Vi du 27. Tim nguyén ham ctia ham s6 y = 12122,

@® [122dz =127 w12+ C. ® [ 122 dz =12* .12+ C.
19 1 12$ 19 12$ 1
12127 dy +C. © [12%do +C.
/ ln 12

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue



8 1. NGUYEN HAM

— 2 5) N
(¢’ Vi du 28. Ho nguyén ham /de bang
T2 5 5
@5—21:——+(J. —2x+;—|—0.
7
©a?—2- 2 +C. Ot -z-2+C
T

) 1
@ Vidu 29. Tim h én ham ctia ham so PN
i du im ho nguyén ham ctia ham s0 f(2) = 5 —m—=r

@/f dz =2z + 14 C. /f(x)dsz\/25U+1+C’.

1 1
© [ f(w)dz = TESIN e el ® [ f@)de = svEF1+C.

@ Vi dy 30. Tinh nguyén ham I — / (2% + 3°) da.

2" 3* In2 In3
I = . = — C.
O s s
n n 1 n
= =—4 —=— . = ——x = — 40,
CIE L e ®r- -2 i,

@ Vi du 31. Tim H = /\4/2:1; e

@H_ (22 —1)i 4+ C. B)H = (22 —1)i + C.
@H:5 (22 —1)7 + C. @H:i(zx—l)hc.

> ’ \ X 1 N A \ 2 N A \ ’ N X
(¢ Vi du 32. Ham s6 F(z) = = In*z + C 1a nguyén ham ciia ham s6 nao trong cdc ham s6

dudi day?

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590



Chuyén @& 1. NGUYEN HAM - TICH PHAN - UNG DUNG 9

! 3

(¢ Vidu 33. Him s6 F(z) = 2sinxz — 3cosz 1A mdt nguyén ham ctia ham sb nao sau
day?
@f(m)z—?cosx—?)sinx. f(x)z—?cosx—i—?)sinx.
@f(x):2008x+3sinx. @f(a:)chosx—?)sin:B.

(¢ Vi du 34. Mot nguyén ham F(z) cia ham s6 f(z) = 3% — 2z 1a
3 30

=2 2 Flz)= > —2
@F(@) = {7 -a*~1 (€)= {5

37 x?
@F(x)zm—? (D)F(z) = 3" In3 — 2.

(¢ Vi du 35. Ho nguyén ham ctia ham s6 f(z) = 32% +sinx 1a
@x3+cosx+0. x3+sinx+C. ©x3—cosx+0. @x3—sinx+0.

(¢ Vi du 36. Tim nguyén ham ctia hAm s6 f(x) = 102.

107 dz = 107 +C. 10°dx = 10°In10 + C.
In10

10x+1
© [10°de =107 1 C. © [ 107 de = -

Xz

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue



10 1. NGUYEN HAM

(¢ Vi du 37. Tim nguyén ham ctia ham s6 f(z) = e® + 2sinz.
@/(ez—i—Qsinx) dr = e” — cos’z + C. /(ez—i—Qsinx) dr = e” +sin®z + C.
@/(ex+251nw) de =e" —2cosz + C. @/(6x+251n$) doe =e"+2cosz+C.

(" Vi du 38. Tim nguyén ham ctia ham sb f(z) = 22 — 2°.

@ [ i) dx—+122+0 ® [ f@)do= 112:;
3 x
@/f(x)dx:% 122+0 @/f(x)dx:2x—2xln2+0.

D BAI TAP TU LUYEN 1

Cau 1 (Mb 102- BGD&DT - Nam 2021- 2022).

Cho ham s6 f(z) = ¢® + 2z. Khing dinh nao duéi day ding?
@/f(x)dx:ex+2x2+6’. /f(ac)dx:e’”—xz—i—C.
@/f(:v)dx:ex+0. @/f(x)dx:ez+x2+0.

Cdau 2 (MP 102- BGD&DT - Nam 2021- 2022).

Cho /f(:c) dz = — cosz + C. Khang dinh nao dusi day dtng?

@f(x):—sinx. f(x):cosrc. @f(:l:):sinx. @f(x):—cos.

Cau 3 (MP 102- BGD&DT - Nam 2021- 2022).

Cho ham s6 f(z) =1 — . Khing dinh nao dusi day dung?

cos? 2z
@/f(x)dx:x%—;cost—i—C. /f(x)dx:x—i—taan—l—C’.
@/f(x)dx:a:+;tan2x+0. @/f(x)dx:x—;taHijLC.

Cdu 4 (MD 103- BGD&DT - Nam 2021- 2022).

Khing dinh nao dusi diy ding?
@/exdx:xewﬁLC’. /e””da:ze”l—ko.
@/exdx:—eﬁl—l—(}’. @/exdx:em—l—C.

Cdau 5 (MP 103- BGD&DT - Nam 2021- 2022).

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590



Chuyén d& 1. NGUYEN HAM - TICH PHAN - UNG DUNG 11

Ham s6 F(z) = cot x 13 mdt nguyén ham ctia ham s6 nao dudi day trén khoang (O' g)

@ht) = Bhe) = ©f@)=— O fse) = ——

sin® cos? x cos?x sin?z’
Cadu 6 (MD 104- BGD&DT - Nam 2021 - 2022).
Khéng dinh nio sau day ding?
@ [erdz=e+C. ®) [ " dv = e+ C.
@/exdx:—e‘”l—l—C’. @/emdx:e““—%(f.
Cdau 7 (MP 104- BGD&DT - Nam 2021- 2022).
Cho ham s6 f(z) = 1+ €2*. Khing dinh nao dudi diy ding?
@/f(x)dx:x+;ex+0. /f(x)dx:xme?uc.
@/f(x)dx:a:%—ezx—l—(?. @/f(x)dx:x—l—;ehjta

Cdu 8 (bMH - BGD&DT - Nam 2021- 2022).
Trén khodng (0; +00), ho nguyén ham ctia ham s6 f(z) = 2% 1a

@/f(x)dngx%+c. ./f dx_2§+0
@/f(x)dx=§z3+c. @/f dx_§%+c

Cdau 9 (PMH - BGD&DT - Nam 2021- 2022).

Cho ham s6 f(z) =1 +sina. Khang dinh nao dusi day ding?
@/f(x)dx:x—cosx—i-a /f(q:)da:zx—i—sinx—i—C’.
@/f(x)dx:x+cosa:+0. @/f(x)dxzcosx—I—C.

Cau 10 (MD 104- BGD&DT - bot 2- Nam 2020- 2021).

Cho ham s6 f(z) = 42° — 4. Khang dinh nao dudi day ding?
@/f(x)dx:12x2+0. /f(a;)dx:4x3—4x+0.
@/f(x)dx:x4—4x+0. @/f(x)dx:x4+0.

Cau 11 (MD 103- BGD&DT - bot 2- Nam 2020- 2021).

Cho ham s6 f(z) = 1 + cosz. Khang dinh nao dudi day ding?
@/f(x)dx:—sinx—l—C. /f(x)da::x—sinx—l—C’.
@/f(x)dx:x+cosx+0. @/f(a:)dx:x—l—sinx—l—a

Cau 12 (MD 102- BGD&DT - bot 2 - Nam 2020 - 2021).

Cho ham s6 f(z) = 42® — 2. Khing dinh nao sau dy ding?
@/f(x)dx:m4—2x+0. /f(x)dx:4x3—2$+0.
@/f(x)dx:12x2+0. @/f(x)dx:x4+0.

Cau 13 (102- BGD&DPT - bot 2- Nam 2020- 2021).

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue



12 1. NGUYEN HAM

Cho ham s6 f(z) = 2 + cosz. Khang dinh nao dudi day ding?
@/f(x)dx:Zc—i-sinx—l—C. /f(x)dx:2x+cos:v+0.
@/f(x)dx:—sinx—i-a @/f(x)dx:2x—sinx+0.

Cau 14 (104- BGD&DT - Dot 1- NGm 2020- 2021).

Cho ham s6 f(z) = ¢ + 4. Khing dinh ndo dudi day ding?
@/f(x)dx:ex+4x+0. /f(a:)da:ze‘”%—C’.
@/f(m)dx:ex_‘l—ka @/f(x)dx:e“—4m+0.

Céu 15 (MD 101- BGD&DT - Dot 2- N&m 2020- 2021).

Cho ham s6 f(z) = 4% — 3. Khing dinh ndo dudi day ding?
@/f(x)dx:x4—3a:+0. /f(m)d:v:x4—|—0.
@/f(:v)dx:4x3—3.r+6’. @/f(x)dx:12x2+0.

Céu 16 (MP 103- BGD&DT - Dot 1- N&m 2020- 2021).

Cho ham s6 f(z) = 2 4 1. Khing dinh nao dudi day ding?
@/f(m)dx:x3+x—l—0. ./f —+x+0
@/f(x)dx:x2—l—x+0. @/f :2a:+0.

Céu 17 (M 103- BGD&BT - Dot 1- Nam 2020- 2021).

. Cho ham s6 f(z) = e + 3. Khing dinh nao dudi day ding?
@/f(x)dx:eugmc. /f(x)dx:e‘”+0.
@/f(x)dxzex—MC. @/f(x)dxzew—3x+0.

Cdu 18 (THPT QUéC GIA 2021 - DPOT 1 - Ma 101).

Cho ham sb f(z) = e® + 1. Khing dinh nao duéi day diing?
@/f(x)dx:ex*1+0. /f(m)dx:ex—x—irC.
@/f(x)dx:eerx—irC. @/f(x)dx:euc.

Cadu 19 (THPT QUOC GIA 2021 - POT 1 - Ma 102).

Cho ham s6 f(z) = e + 2. Khing dinh nao dudi ddy ding?
@/f(x)dx:ex_2+0. /f(x)dx:ew—i—Q:E%—C.
@/f(x)dx:ex—l—(;’. @/f(x)dx:ex—2x+0.

Céu 20 (Pé Tham Khdo 2020 Lén 2).

Ham s6 F(x) 1a mot nguyén ham ctia ham s f(x) trén khoéng K néu

(A)F'(z) ),Vz € K. B) f'(x) ),Vz € K.
(©F'(x) = f(z),Vz € K. D) /() ),Vz € K.

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590




Chuyén d& 1. NGUYEN HAM - TICH PHAN - UNG DUNG 13

Céu 21 (MG 101-2020 Lan 1). / 22 dz bing

(A)2z + C. ;x3+c. (OF e (D)3z* + C.
Cau 22 (M@ 102-2020 L&n 1). Ho nguyén ham ciia ham sé f (z) = 2% 1

(A)4z* + C. (B)3a> + C. (©)a* + C. ix‘* +C.
Cdu 23 (Mé 103-2020 Lén 1). / o dz bing

@éx5+0. B)4az® + C. (©)° +C. (D)52° + C.
Céu 24 (MG 104-2020 Lan 1). / 5 dz bing

(A)5a* + C. éx6+0. (©)at +C. (D)62° + C.
Céu 25 (M 101- 2020 Lan 2). / 52 dz bing

@éxua B)a® + C. (C)52° + C. (D)202? + C.
Cau 26 (Ma 102-2020 Lén 2). / 62° dz bang

(A)62° + C. B)a5 +C. @éxﬁ +C. (D)302* + C.
Céu 27 (Ma 103-2020 Lan 2). / 322 dz bing

(A)32° 4 C. B)6z + C. @;x3+0. D)z* + C.
Céu 28 (MG 104-2020 Lan 2). / 423 dz bing

(A)4z* + C. ix4+0. (©)1242 + C. D)a* +C.
Cdu 29 (M@ 103 2018). Nguyén ham ciia ham sb f (z) = ¢ + 22 1

@;x5+;x3+0. Bt +2% +C. ©° +a%+C. (D)4a® + 22 + C.
Cau 30 (MG 104-2019). Ho tAt ca nguyén ham ciia ham sb f (z) = 2z + 4 1a

A2+ C. B)222 + C. (©)242 + 4z + C. D)2 + 4z + C.
Cau 31 (M@ 102-2019). Ho tAt ca cdc nguyén him ciia him s6 f (z) = 22 + 6 1a

A2+ C. B2+ 6+ C. (C)222 + C. (D)24> + 62 + C.

Céu 32 (Pé Minh Hoa 2020 Lan 1). Ho nguyén ham ctia ham s6 f (z) = cosz + 6 1a
@Sinx—l—?)xz—i-C. —sinx+3x2+0. @sinx+6x2+0. @—sinx—i—C’.

Cau 33 (Ma 105 2017). Tim nguyén ham ctia ham s6 f (x) = 2sinz.

@/231nxdw=—2cosx+0. /2sinxdx:2cosx+0.

@/QSinxdx:sin2$+C’. @/2sinxdx=sin2x+0.
Cdu 34 (Ma 101 2018). Nguyén ham ctia ham s6 f (z) = 2 + x 1a
1 1
@Zl‘4+§$2+c. 3$2+1+C’. @x3+x+0. @x4+$2+0.
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14 1. NGUYEN HAM

Cdu 35 (Ma 103-2019). Ho tat ca cdc nguyén ham ctia ham s6 f (z) = 22 + 3 1a
(A)a? + 3z + C. B)222 + 3z + C. ©a*+C. (D)222 + C.
Cadu 36 (Pé Minh Hoa 2017). Tim nguyén ham ctia ham s6 f (z) = 22 — 1
@/f(a;)dx—;(23:—1)\/21'—1+C. /f(a:)d:r;—l (2x —1)V2x —1+C.

1
@/f(x)dx:—gx/Qx—l—i—C. @/f(x)dx—ix/ 1+C.
Cdu 37 (Pé Tham Khdo 2017). Tim nguyén ham ctia ham sb f (x) = 2% + %
x
1 3 2
® [ 1) —+ e) /f(x)dxz‘%—;+o.
3 1 3 2
©ff@dr="%-—+c. O/ @) de="2+ 40,
Cau 38 (MG 110 2017). Tim nguyén him cia him 55 f () = - L -
- —
dx 1 dx
@/5xd_2—511n]5x—2]+0. /5xd_2—ln\5x—2|+0.
x x
@/5x_2——§ln|5x—2l+0. @/5x_2—51n]5x—2\+0.
Cau 39 (Ma123 2017). Tim nguyén ham ctia ham s6 f () = cos 3x
@/cosBxdszsiniﬁ—{—C’. /cos3:vdx=smg3x+0.
@/cosi%xdx:sin?):c—l—a @/cosBxdxz—sm;x—i-C.
Cdu 40 (Ma 104 2018). Nguyén ham ctia ham s6 f (z) = 2® + 22 1A
@ix4+;x3+0. 3x2—|—2x+C’. ©x3+x2+0. @x4+x3+0.
Cdau 41 (Dé Tham Khéo 2019). Ho nguyén ham ciia ham sb f (x) =e"+2xla
@e’”+1+C’. em+x2+0.
T 1 2 1 T } 2
@e +2£L‘ +C. @x+1e —1—295 +C.
Cdu 42 (Ma 101-2019). Ho tat ca cdc nguyén ham ctia ham s6 f(x) =2z + 5 1a
@x2+0. ZE2—|—5ZB+C. ©2x2+5x+6’. @2x2+0.
Cdu 43 (Ma 104 2017). Tim nguyén ham ctia ham s f (z) = 7°.
@/de:l?? . /7$dx:7$+1+0.
n:1:+1
@/de_ - +C. © [ 7de =TT+,
Cdu 44 (Ma 102 2018). Nguyén ham ctia ham s6 f (z) = 2* + x 1
(A)42® +1+C. B)a® + 22+ C. @;x5+;x2+0. D)a* + 2 + C.
Céu 45 (Pé Tham Khdo 2018). Ho nguyén ham ciia ham s f(z) = 322 + 1 1a
3
(A)z? + C. %+x+0. (©)6x +C. D)z® + 2+ C.

Cau 46 (THPT An Lao Hdi Phong 2019).
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Tim nguyén ham /x (x2 + 7)15 dx?

1 1
@§(x2+7)16+0. —ﬁ(x +7) 4 C.
1 1
@16(95 +7)% +C. @32(90 +7) 4+ C.
Cau 47 (THPT Ba Dinh -2019). Ho nguyén ham ctia ham s6 f(r) = €3 1a ham s6 nao sau
day?
1 1
@36‘”—#0. §e3$+0. @§ex+0. @363‘”+C’.

Céu 48 (THPT Cdm Gidng 2 2019). Tinh / (x — sin 2z) d.

2

2
@%+sinx+0. %—1—0082334—0. @:c COSQI—FC. @— cos2x +C.

Cau 49 (THPT Hoang Hoa Thadm Hung Yén 2019).

Nguyén ham ctia ham s6 y = 71 13

@2621’—1 +C. 621’—1 +C. @;e%—l +C. @;ex +C.

Cdu 50 (THPT Hung Vuong Binh Phudc 2019).

) 1
Tim h én ham ctia ham so =
im ho nguyén ham ctia ham s f (z) 3 13 1
1 1
© 52w +3[+C. D) le(2r+3)+C.
n

Cdu 51 (THPT Hung Vuong Binh Phudc 2019).

. 1
Tim ho nguyén ham ctia ham s6 y = 2% — 3% + —.

T
3 3 1 3 1
@%—E—?‘FC,CER. %—Bm—Fﬁ—FC,CER.
3£E
3 lz|+C,C e R. —In|z|+C,C eR.

Cadu 52 (THPT Hung Vuong Binh Phudc 2019).
Tim ho nguyén ham ctia ham s6 f (z) = sin 3z
1 1
@ —3cos3z + C. 3COS3ZE +C. @ gcos?m +C. @—gcosi’w +C.
Cau 53 (Chuyén KHTN 2019). Ho nguyén ham ctia ham s6 f (z) = 322 + sinx 13
@x3+cosx+0. 6:13+cosa:—|—C’. @x3—cosx+0. @6x—cosx+C’.

Cau 54 (Chuyén Béc Ninh -2019). Cong thiic nio sau day la sai?

1
@/lnxdx:;—kC’. ./C082 dx = tanz + C.
@/sinxdx:—cosx—i—a @/e der ="+ C.

Cau 55 (Chuyén Bdc Ninh 2019). Néu / f(x) dz = 42® + 2* + C thi ham sb f (z) bang
3
@f(x):x4+%+cx. B)f (z) = 1222 + 22 + C.

3

@f(x):12x2+2x. @f(:r):x‘l—{—%.
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Céu 56 (THPT Luvong Thé Vinh Ha N&i 2019).

Trong cac khing dinh sau, khing dinh nio sai?

1 e+1
@/cos?zdxzﬁsin%‘—i—c. /xeda:: x+1+0
@ 1 C @ ee:c+1 O

S dr =1 . /xd - .
/x x=1In|z|+ e’ dx x—i—1+

Cau 57 (THPT Lwong Thé Vinh Ha NGi 2019).
Nguyén ham ctia ham s6 y = 27 1a
@ [27de =m227 + C. ®) [27do =2+

©[2dw=+c. @/2dx_w+1+a

Cau 58 (Lién Truong Thpt Tp Vinh Nghé An 2019).

Tim ho nguyén ham ctia ham s6 f (z) = 3z — sinz.

@/f Ydz = 32° 4+ cosx + C. ./f ——2—00590+C.

2

@/f 7+cosx+0 @/fxd$:3+cosx+0.
Cau 59 (S& Binh Phudc 2019). Ho nguyén ham ciia ham s6 f(z) = 2 4 sinz 1a
2 2
@x2+cosx+6’. :v2—cosx+0. @%—cosx+0. @%+cosa:+0.
Cadu 60 (THPT Minh Khai Ha Tinh 2019).

Ho nguyén ham ctia ham s6 f(z) = cosz la:

@cosx+0. —Cosx+C’. @—sina:+0. @Sinx+0.
Céu 61 (THPT Poan Thuong-Hdi Duong-2019).
Ho cdc nguyén ham ctia ham s6 f (z) = 2* + 22 1a
@4:173+2x—|—0. :174+m2+C'. @;x5+§x3—|—0. @$5+x3—|—0.
Cau 62 (THPT Cu Huy Cdn 2019). Ho nguyén ham ctia ham s6 f (x) = ® — 2z 1a.
1
Ae” + 22+ C. B)e” — 22+ C. ©)——e —2>+C. D —2+C.

z+1
Cdu 63 (Chuyén Hung Vuong Gia Lai 2019).

Ho céc nguyén ham ctia ham s6 y = cosx + z 1a
1 1
@sinx—l—ix?—i-C. sina:+a:2+C. @—sinm+§x2+C’. @—sinm+x2+0.
Cdu 64 (Chuyén Lé Quy Don bién Bién 2019).
Ho nguyén ham ctia ham s6 y = 22 — 3z + ~ 1a
T
3

3
%—%—ln|m|+0 ———+1n:c+(]

1
©F - mp @3_77%.
Cdu 65 (Chuyen Phan B6i Chdau Nghé An 2019).

. 1
Ho nguyén ham ctia ham so6 f (z) = — +sinx 1a
x
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@lnx—cos:v+0. —;2 —cosz + C. ©ln|$| +cosx + C. @lnm —cosz + C.

Cdu 66 (THPT Yén Phong 1 Bdc Ninh 2019).
Ham s6 F (z) = :1))333 13 mot nguyén ham ctia ham s6 nao sau day trén (—oo; +00)?

@) f () = 322, B)f (z) =2*. ©f (x) =22 D)f ()=
Cdu 67 (THPT Yén Phong 1 B&c Ninh 2019).

Tim ho nguyén ham ctia ham s6 f (z) = 2°.

@/f(x)dx:?jtc. ./f 7_4_0.

z+1

@/f(x)dx:2$1n2+0. @/f 1+C’.

Cdu 68 (THPT-Yén Pinh Thanh Hoa 2019).
xt+2
x?

@/f :——1+C ./fa:dx:x;—i-i—l—C'.
@/f dx_—3+1+0 @/f ﬁ—i+c.

Cau 69 (S& Ha N&i 2019). Ham sé nao trong cdc ham sé sau day 14 mot nguyén ham ciia ham

Tim nguyén ham ctia hAm s6 f (z) =

s6y = e?
1

@y:; y:e“"f. @yze‘“”. @y:lnx.
Cau 70 (Chuyén Luvong Thé Vinh Déng Nai 2019).
Tinh F(x) = /ede, trong d6 e 14 hang s6 va e ~ 2, 718.

2.2 3

@F(m):%—l—C. F(x):%—FC. @F(x)z@%-l-C’. @F(I):2€ZE+C.
Cau 71 (Chuyén Lé Quy Pén Qudng Tri 2019).

1 1
T trén (—oo, 2).
@;ln|21—1|+0. ;ln(1—2$)+0.

1
©—§ln]2x—1|+0. (D) |22 — 1] + C.

Tim nguyén ham ctia hAm s6 f (z) =

Cau 72 (Chuyén Hung Yén 2019). Nguyén ham ctia ham s f( )=2"+zxla
27 x? - 9 27 - 22
Bi5+5+C  ®r+2+C © 5 D2 +3 +0.
Cau 73 (Chuyén Son La 2019). Ho nguyén ham ctia ham s6 f (z) = 1 +sinx

@1—|—cosx—|—0. l—cosx—l—C. ©x+cosm+0. @JZ—COSI—I—C.

Cdu 74 (THPT Péng Son Thanh Hoa 2019).

2 1
Nguyén ham ciia ham s6 f(x) = gzv?’ —22% +x — 2019 1a

N ER N ) Bt -2+ T 9010040
—rt— ¥4 —rt— - - = T .
112 % 22 (i) g 22
T T
(:)— — = — — 2019 C. (::)f Sl — - —2019 C.
1227 395 + 5 x + 91: +335 5 T +
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18 1. NGUYEN HAM

Cau 75 (THPT Yén Khanh-Ninh Binh-2019).
trén khoang (—oo; ) la:

1
3r—1

@;ln(?)x—l]—kc. ln(1—3x)+0. @;111(1—3@—!—0. @ln(?;x—l]—i—C’.
Cau 76 (Chuyén Lé Hong Phong Nam Pinh 2019).

Ho nguyén ham ctia ham s6 f(z) =

Trong cc khang dinh sau, khang dinh nao sai?

2z
@ [27dr =27 m2+ C. ®) [ do =+
@/costdm:;siIﬂx—i-C. @/xi

Céu 77 (Chuyén Lé Hong Phong Nam Binh 2019).
4
Cho ham sb f(z) = ~- 3

@/f d:p—+23+0 ./f ——i+c
@/fx x:3+i+C. @/f:cdszx—i—i—C.

Céu 78 (56 Thanh Héa 2019). Cho him sé f (z) = 2° + 2 + 1. Tim /f () do

1dx:ln|x+1|+C’(V1‘7€—1).

. Khiing dinh ndo sau day 1a dang?

@/f(a:)dx:2x+$2+x+0. ./f dx—2x+;x +x+4C.
@/f(x)dx:2x+;x2+x+0. @/f dx—1121+;x t+a+C.

Cau 79 (Lién Truong Thpt Tp Vinh Nghé An 2019).
Tim ho nguyén ham ctia ham s6 f (z) = 3x — sinz.

72
@/f Ydz = 32% 4 cosz + C. ./f ———cosx+C’

2

@/f 7+Cos:c—i—C @/fxdx:3+cosx+0.

Céu 80 (Chuyén Béc Giang 2019). Ham s6 F (z) = €*° 14 nguyén ham ctia ham s6 nao trong

cac ham so sau:

@f@)=22e”. B®f(x) =2 ~1. (©f(x)=e> D f(2) = 5
Cau 81 (Chuyén bai Hoc Vinh 2019).
Tt c& cic nguyén ham ctia ham s6 f(z) = 377 1a

@—f’n;+a B) -3 +C. (©3 3 +C. @f’n;+0.

Cdu 82 (S& Phii Tho 2019). Ho nguyén ham ciia ham s6 f (z) = 2% 4 22 1a
4 3 1 3

@%+%+C’. B)a* + 23+ C. (C)322 + 22 + C. @%+%+C.
Cadu 83 (Chuyén PHSP Ha N&i 2019).
Ham s6 nao trong cic ham s6 sau day khong la nguyén ham ctia ham s6 y = 229197
2020 2020 s @ 2020
1. —_—. = 2019 . — — 1.
@550 + 2020 Oy v 2020

Cau 84 (Chuyén Quédc Hoc Hué 2019).
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Tim ho nguyén ham ctia ham s6 y = 22 — 3% + —.

@ -3 s cer B - hjp+0 CeRr
3, In3 | ’ ' 3, 1513 | ’ '
x x N
T gy R. o2 R.
©F -3+ 5+C.Cc D% 15510 Ce
Cau 85 (Qudng Ninh 2019). Tim nguyén ham ciia ham sb f (z) = €* (2017 — 201856 )
x
2018 2018
@ [ ) de = ——+C. ®) [ f) do= i
4 4
@/f(a:) = e 503;4’5—1-0. @/f(x) dx:2017ex—50x4’5+0.

Cau 86 (HSG Bdc Ninh 2019). Ho nguyén ham ctia ham s6 y = e” (2 + c ) la
1
+C. (D)2 + +C.

@26 +tanz + C. 26 —tanx + C. @26 _cosx P
Cadu 87 (Chuyén Ha Long 2019). Tim nguyén F (x) ciaham sd f (z) = (z + 1) (x + 2) (z + 3)?

11
@F %—6;{: —l-?.r — 6z +C. F(;E):x4+6:1:3+11932+6x+0.
4 11
(©F () £+2x + 5 2% + 6+ C. (D)F () = 2° + 622 + 1122 + 62 4 C.
1
Cau 88 (S& Bdc Ninh 2019). Ho nguyén ham ctia ham sb f (x) = 5 +4
T
@5ln(5x+4)+0. B)In |5z + 4] + C.
1 1
—1 4 . -1 4 .
©1n5 n|5r +4|+C @5 n|5z +4|+C

Bi Dang 1.2. Nguyén ham cd ban cé diéu kién

/f(x)dx théa man F (xg) =k, (x)
e Buéc 1: Tim nguyén ham F(x) = G(z) + C
o Budc 2: Tit F (o) = k, tim duge C.

e Budc 3: Thay C vao () va két luan.

(¢ Vi du 1. Cho ham s6 f(z) = 2x +e®. Tim mot nguyén ham F(z) clia ham s6 f(z) thoa
man F'(0) = 2019.

(A)F(z) = e” — 2020. B)F(z) = z* + ¢* — 2019.

(O F(z) = 22 + e + 2017. (D)F(z) = 2% + ¢ + 2018,
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» s « A \ A A \ 2 \ X \ 201
(¢ Vi du 2. Biét F(x) 1a mdt nguyén ham ctia ham s6 f(z) = * va F(0) = 5 Gia tri

(¢ Vi du 3. Tim mot nguyén ham F(z) ctia ham sé f(z) - g(z) biét F(1) = 3, biét
/f(x)dx =z + 2018 va /g(x)dw = 2% +2019.

AF@x) =241 BF(@x) =243 (OF(x)=2+2 @F(aj):xz—{—&

(£ Vi du 4. Cho F(z) 14 mdt nguyén ham cta f(z) = xll trén khoéng (1;4+00) thoa
man F(e+ 1) =. Tim F(x).

(A)F(z) =2In(z — 1) + 2. B)F(z) =In(z —1) + 3.

@F ) =4In(z —1). @F(m):ln(m—l)—&

1
& Vi du\5. Cho F(x) 14 nguyén ham cia f(x) = 7o
F(—1) bang

A)V3. B)1. ©)2v3. (D)2.

thoa man F(2) = 4. Gia tri

3
@ Vi du 6. Tim ham s6 F(z) biét F(m):/ e F(O) 1.
X
(A)F(z) =In(z* +1) + 1. F(x)zzln(m +1)+i.
(©) F(x) ffln (z* +1) + 1. D)F(z) =4In (z* +1) + 1.
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)

Br@-3 @)= ©r()-1

(£ Vidu 7. Biét F(x) 1a mot nguyén ham ctia ham f(z) = sin2z va F <E> = 1. Tinh
s
F(5)

P . 14
(¢’ Vi du 8. Cho ham s6 F'(z) 1a mot nguyén ham ctia ham s6 f(x) = cos 3z va F (E>
thi

1 1
@F(m) = gsin?::c + 13

1
3 B)F(z) —gsin3x+5.
1 13
@F(m): gsin3x+5. @F(m) —gsin?)a:—i—?.

(¢ Vidu 9. Biét F(x) 1a mot nguyén ham ctia ham sb f(z)
y = F(z) di qua diém M(0;1). Tinh F <E>

@AF (g) — 0. ®)F (g) —1. ©F (3) =2

(¢ Vi du 10. Cho F(x) 1a mot nguyén ham ctia ham s6 f(x) = 322 + 8sinx va théa man
F(0) = 2010. Tim F(x).

(A)F(z) = 62 — 8 cos z + 2018,

F(x) = 6z + 8cos .
@F(az) = 23 — 8cosx + 2018.

@F(az) = 23 — 8cos x + 2019.
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(¢ Vi du 11. Tinh nguyén ham F(x) ctia ham s6 f(z) = €**, biét F(0) = 1.

A F(z) = . B F()=e*—1. (O F(z)=c" D) F(z) = % + ;

(¢ Vi du 12. Biét F(z) 1a mot nguyén ham ctia ham s6 f(z) =
F(3).

AFB)=m2-1. B)F3)=mn2+1. @F(?)):; @F(?)):Z

- va F(2) = 1. Tinh

(¢ Vi du 13. Cho F(z) 1a mot nguyén ham ctia ham sb f(z) = i | va F(3) = 1. Tinh
gia tri ctia F'(2).

(A)F(@2)=-1-In2. B)F(2) =1—In2.

(©F(2)=—-1+h2. D)F(2) =1+ 2.

» re N A N 2 N P . < X 2
(£ Vi du 14. Tim nguyén ham F(x) ctia ham s6 f(z) = 6z + sin 3z, biét F(0) = 3

3 2 3
@F(:L‘):?)xQ—COZx—Fg. F(:L‘):3x2—cozx—l.
©F(@) =322 + 3% 11 O F(@) =32~ S 11,

(¢ Vi du 15. Tim mo6t nguyén ham F(z) ctiia ham sb f(z) = sin3z thod man F (g) =
2.

@F(x):_cos;x_k; F(x):—C0833$+2.

@F(:U) = —COZ&U + 2. @F(m) = —cos 3z + 2.
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23

5 o N A S o as A T 3
(¢ Vi du 16. Cho F(x) la mdt nguyén ham ctia ham s6 f(x) = e+ 2z thdéa man F(0) =

2
Tim F(x).
5 1
(A)F(z) = e + 22 + > B)F(z) = 2¢* + 22 — =
3 1
@F(az):e‘”+x2+§. @F(az):e‘”+x2+§.

(¢ Vi du 17. Cho F(z) 1a mot nguyén ham ctia ham s6 f(z) = 1 + 2z + 32? thoéa man
F(1) = 2. Tinh F(0) + F(—1).

-3 B)—4. (©)3. (D)4.

(¢ Vi du 18. Nguyén ham F(z) ctia ham s6 f(z) = 52* — 322 trén tap s6 thuc théa man
F) =31

@x5—x3+2x+1. :E5—:v3+3. @az5—:1:3+5. @x5—x3.

(¢ Vi du 19. Cho ham sb f(x) = 2% — 2% + 22 — 1. Goi F(z) 1a mot nguyén ham ctia f(x).
Biét rang F(1) = 4. Tim F(z).
3

4 4 3

@F(.ﬂ:):z—%—i—ﬁ—x. F(m)zz—z—l—ﬁ—x—i—l.
9

@F(m)—%—§+x2—x+2 @F(w)zz—%—kx?—x—l—ﬁ
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(¢ Vi du 20. Cho ham s6 f(x) théa man dong thoi cac dieu kien f'(z) = x + sinz va
f(0)=1. Tim f(x).
2 2

@f(ﬂf):%—cosx'—l—Q. f(as):%—cosx—z

2 2

@f(x):%+cosx. @f(x)zszcosx—i—;

(¢ Vi du 21. Mot nguyén ham F(x) ctia ham sb f(x) = sinx + 2cosx biét F (g) =0
la
@F(w):Qsinx—cosx—l—Z F(x):Qsinx—cosx—Q.
@F(x)z—?sinx—cosx+2. @F(x):sin:v—Zcosa:—Q.

(¢ Vi du 22. Cho ham s6 f(x) thoa man dong thoi cac dicu kién f'(z) = x + sinz va
f(0)=1. Tim f(x)
2 2

@f(m)Z%—cosx+2. f(x):%—cosx—l

2 1.2

@f(x):%-l—cosx. @f(x):Q—i—cosx—l—;

(¢ Vi du 23. Mot nguyén ham F(x) ctia ham sb f(x) = sinx + 2cosx biét F (g) =0
la
@F(x)zZsinm—cosa:—l—Z. F(x)zZsinm—cosa:—Q.
@F(az):—2sin:£—cosx+2. @F(az):sinx—Qcosx—Q.
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va f(1) = 1. Gia tri f(5)

p 1
(£ Vi du 24. Cho ham s6 y = f(z) c¢6 dao ham 1a f'(x) = C—
x J—
bang

(A)1+In3. B)In2. (©1+n2. (D)In3.

(¢ Vi du 25. Cho ham s6 f(r) = 2z + e®. Tim mot nguyén ham F(z) ctia ham s6 f(x)

théa man F'(0) = 0.
@F(m):ﬁ%—ew—l. F(m)zﬁ%—ew.
@F(m):em—l. @F(m):xQ—l—ex—l—l.

» e N A N N 2 N A 2-2:2 - 23: - 1
(¢ Vi du 26. Cho F(z) la mot nguyén ham ctia ham s6 f(z) = ——
x —

F(0) = —1. Tinh F(—1).

théa man

(¢ Vi du 27. Biét F(z) 1a mot nguyén ham ciia ham s6 y = f(z) = T2 va F(0) = 2.
x
Tim F(2).
(A)4In5+ 2. B)5(1 +In2). (©)21n5 + 4. D)2(1 +In5).

(" Vi du 28. Tim nguyén ham F(z) ctia ham s6 f(x) = 6z + sin 3z, biét F(0) = 3

3 2 3
@F(m):?)ﬁ—coz x+§. F(m):3x2—cos °
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B BAI TAP TU LUYEN 2
Céu 1 (Pé Tham Khdo 2018). Cho ham s6 f(z) xéc dinh trén R \ {;} thoa man f'(x) =
1/ (0) =1, f (1) = 2. Gid tri ctia bicu thitc f(—1)+ f(3) bang
(A)2 +1n15. (B)3 +In15. (©m1s. (D)4 +In15.
Cdu 2 (S& Phi Tho 2019). Cho F (z) 1a mot nguyén ham cia f (x) = ! | trén khoang (1; +00)
T —
thoa man F (e + 1) =4 Tim F (x).
@21n(:10—1)+2. 1n(:v—1)+3. @41n(m—1). @ln(m—l)—?).
Cau 3 (THPT Minh Khai Ha Tinh 2019).
Cho F (x) 1a mot nguyén ham ctia ham s6 f (z) = b blet F (1) = 2 Gi4 tri ctia F (0) bang
(A)2 +1n2. B)In2. ©2+ln 2). (D)In (-2

Cdu 4 (KTNL GV Thuén Thanh 2 Bdc Ninh 2019).

1 .
Cho F' (z) 1 mot nguyén ham cia ham f (z) = ST biet F'(0) = 2. Tinh F'(1).

(A)F (1) ln3—2 BF(1)=Wm3+2 (OF(1)=2m3-2. DF(1) 1n3+2

Caub (Chuyen DHSP Ha Ni 2019).
. . 1 2
Ham so F' (z) 1 mot nguyén ham cia ham so y = - trén (—oo;0) thoa man F'(—2) = 0. Khang

dinh nao sau day dung?
AF (z) = In (;“’) Va € (—00;0).
(B)F (z) = In |z + OV € (—o0;0) véi C 1a mot sb thuc bt ki.
(OF (z) = 1n|x| +In2Vz € (—o0;0).

@F (r) = In (=) + OVx € (—00;0) véi C 1a mot s6 thue bat ki.
Cau 6 (THPT Minh Khai Ha Tinh 2019).
Cho ham s6 f (z) xéc dinh trén R\ {1} thoa min f’(z) = 11, f(0) = 2017, f(2) = 2018.
l’ —

Tinh S = f(3) — f (1),

(A)S = In 4035. B)S = 4. (©)S =m2. (D)S = 1.
Cau 7 (Ma 105 2017). Cho F(z) 1a mdt nguyén ham ctia ham s6 f(z) = e® + 2x théa man
F(0) = 2 Tim F (z).
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@F(m):ex+:ﬁ2+;. F(a:):em+x2~l—;.
@F(m):ex+x2—|—;. @F(m)zQex—ka—;

Céu 8 (THCS-THPT Nguyén Khuyén 2019).
Biét F () 1a mot nguyén ham ctia ham s6 f (z) = € va F (0) = 0. Gi4 tri ctia F (In3) bang

(A)2. (B)6. (C)s. (D)4.

N 2 o . < . 201
Cau 9 (So Binh Phudoc 2019). Biét F (x) 14 mot nguyén ham ctia ham s6 €2 va F (0) = g
Gid tri F (;) 1A

1 1 1

(&) 5e +200. (B)2e + 100. (©) e +50. @) e + 100.
Cau 10 (Chuyén Nguyén Trai Hdi Duong 2019).

Ham 86 f (x) c¢6 dao ham lién tuc trén R va: f/ (z) = 2e** + 1,Vz, f (0) = 2. HAm f (z) 1a

@y:2ex+2x. y:26x+2. @y:e%—i—x—i—z @y:eh—i—x—i—l.
Cau 11 (86 Bac Ninh 2019). Cho ham sb f (x) = 2z +e”. Tim mdt nguyén ham F' (x) cia ham
s6 f (z) thoa man F (0) = 2019.

(A)F (z) = 22 + " 4 2018. B)F (z) = 2% + " — 2018.

(OF () = 22 4 ¢ 4 2017, (D)F (z) = e* — 2019.

~ . 1
Cadau 12. Goi F (z) la mdt nguyén ham cta ham s6 f (z) = 2%, théa man F (0) = o Tinh gid
n
tri bieu thitc T = F (0) + F (1) + ... + F (2018) + F (2019).

@T = 1009 w T — 92019.2020
" In2 :

22019 -1 22020 -1

@r=" OT=—5—

Cdu 13 (Ma 104 2017). Tim nguyén ham F (x) ctia ham sb f(r) = sinz + cosz thod man
T
F(3) -2
@F(m):—cosx+sinx+3. F(x):—cosx—l—sinx—l.
@F(x):—cosx+sinx+1. @F(m):cosx—sinx—i-?).
Cau 14 (Ma 123 2017). Cho ham s6 f (z) théa man f/ (x) = 3 — 5sinz va f (0) = 10. Ménh de
nao dudi day dang?
@f(a:):3x—5cosx—|—15. f(:c):3:v—5cosx+2.
@f(x):3x+5cosx+5. @f(x):3m+5cosx+2.
Cau 15 (Viét Blirc Ha N6i 2019). Cho ham s6 f (z) théa man f' (z) =2 —5sina va f (0) = 10.
Ménh dé nao duéi day diung?
@f(a:):2x+5cosm+3. f(x):2x—5cosx+15.
@f(x):2x+5cosa:—|—5. @f(a:)zQx—5cosa:+10.
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Cdu 16 (Lién Truong Thpt Tp Vinh Nghé An 2019).
Biét F («) 1o mot nguyén him ctia ham f (z) = cos 3z va F (g) = 2 Tih F (f>
V3 4+ 2 ™ 3 -2 V3+6 ™  V3-6

@F<> 6 F<§> ©F(> 6'®F<§>_ 6

Céu 17 (Chuyén Lé Quy Pén Qudng Tr! 2019).

Cho F (z) 1 mot nguyén ham cita ham s6 f (z) = ——. Biét F (5 + /mr) — k véi moi k € Z.

Cos? x 4
Tinh F (0) + F (7)) + F (27) + ... + F' (10m).

)55, B)44. (©)45. (D)o.

Cau 18 (Yén Lac 2-Vinh Phuc-2020).

. 1
Goi F'(z) la mot nguyén ham ctia ham so f (z) = 2%, théoa man F (0) = o Tinh gi4 tri biéu
thite T = F (0) + F (1) + F (2) + ... + F (2019).
2020

92020 _ |
@T:W' B)T = 1009 - ~———

22019 1

__ 520192020 —
©OT =2 . D)T = T

Cau 19 (THPT Quéc Gia 2021 - Lan 1 - Ma 102).

) 2 —1 khiz > 1
Cho ham so f(z) = . Gid st F la nguyén ham cua f trén R thoa man
32° —2 khiz < 1

F(0) = 2. Gi4 tri ctia F(—1) + 2F(2) bang
(A)9. B)15. ©)11. (D)6.

Céu 20 (THPT QUOC GIA 2021 - POT 1 - Ma 101).

. 2¢+5 khir > 1
Cho ham so f(x) = Gia stt F' 1a nguyén ham cta f trén R théa man F'(0) = 2
32° +4 khiz <1

Gi4 tri ctia F(—1) + 2F(2) bang

(A)27. (B)29. (C)26. (D)25.

2019 1

B Dang 1.3. Tim nguyén ham bang phuong phap d6i bién sé

“Neu/f +Cth1/f W (z)de =F(u(z)+C”

Gia st ta can tim ho nguyén ham:

= /f (z) dz, trong d6 ta c6 thé phan tich f (v) = g (u (z)) v (z) dz thi ta thitc hién phép
doi bién s6 t = u (z) = dt = v/ (z) da.

Khi do:

1= [g(t) &t =G(t)+C =G u@)+C.

Chu y: Sau khi ta tim duge ho nguyén ham theo ¢ thi ta phéi thay ¢ = u(z).
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(¢ Vidu 1. Biét F(z) = ¢® — 222 1a mot nguyén ham ctia ham sb f(x) trén R. Khi dé
/f(?x) dz bang
1 1
@2630—41’24-0. 562x—4x2+0. ©e2$—8x2—|—0. 56295—22:2—1—0.

> - . L7 A N - 3 S ’ v A
(¢" Vi du 2. Khi tinh nguyén ham / \jx——kl dz, bang cach dat u = /x + 1 ta dudc nguyén

ham nao?

, , 2
@ Vi du 3. Cho ham s6 F(z) = /x\/x2 +2de.Biét F(v2) = 3, tinh F(V7).

430. B)11. 263 D)7.
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1

dz bang cich dit ¢ = Inz. Ménh dé nao dudi day
xlnx

@ Vi du 4. Tinh tich phan A = /
dting?

@A:/dt. A:/;dt. @A:/tdt. @Az/idt.

oL
2

( Vi du 6. Tim nguyén ham [z (a2 +7)" da.

1 1
@3*2(552+7)16+C- —3§($2+7)16+C-
1 1
(@5 (z2+7)"° +C. @E z2+7)"°+C.
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(@41 \
(¢ Vidu 7. Néu F(x) = > — dz thi | |
r+1
LN C. F(z)=In——-1
BF () = R B F@) =+
©F(z) = (@ +20+3) + C. D)F(z) = Vi + 2z + 3+ C.

@ Vi du 8. Tinh/\/ldf_x, két qué 13
@\/12—+C’ —2\/1—x+C’. @ g . @\/l—x—i-C'.

> 1 N
@ Vi du 9. Nguyén ham / [ 75 e bing
(A)2yz — 2|z +1|+C. B)2vz +C.
(©)2In|yz + 1] +C. D)2yz —2In |z +1| +C.
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, 1
@ Vi du 10. Néu F(z) = [ Y 0w

) Va4 22 +3 | |
1 z+1
F(z) = 242 3+C. Flz)=In —m————+C
@ (x) Va2 +2r+ 3+ () =1In x2—|—2x+3+
©F(z) ==In(z2 42z +3) + C. D)F(z) = Vi + 2z + 3+ C.

N — DN

(¢' Vi du 11. Mot nguyén ham citia ham s6 y = zv/1 + 22 1a:

®LVIT. ®ivIFd. ©iviFd)'. O viTd:

(¢’ Vi du 12. Mot nguyén ham ciia ham s6 y = zv/1 + 22 la:
3 2

@ (viTa)” ;(m)“. @i(m)? O (Vi)

(& Vidu 13. Xét [ = /m?’ (4x4 — 3)5 dz.Bang cich dit u = 42* — 3, khéng dinh ndo sau

day dung.
1

@I:/u5du. 1—112/u5du. @[—116/u5du. @[:Z/ug’du.
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1
@ @+ +C, B @ +1)"+C
1
@—2—0(:52+1)10+C. D)(2*+ 1)’ +C

> ’ N A A N 2 N FS 1
(¢ Vi du 15. Cho F(z) la mdt nguyén ham ctia ham s6 f(x) = g

1
théaménF( ) =2
e
2 ]_ N
va F(e) = In 2. Gi4 tri ctia biéu thttc F'| — | + F (€?) bang
o2

(A)3n2+2. B)In2 +2. (©m2+1. (D)2In2 + 1.

(¢ Vi du 16. Cho ham s6 f(z) = sin?2z - sinz. HAm s6 nao dudi day 1a nguyén ham cta

ham f(x).
4 4 4 4
@yzgcosg'—gsirﬁm—i—a ?Jz—gcos?’a:—l—gcos5m+0.
4 4 4 4
©y=§sin3x—gcos5a:+6’. @y:—gsin3x+gsin5a:+0.
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A A sin x T
@ Vi du 17. Biét F(z) 1a mo én ham ciia ham 58 f(z) = -2 va F (5 ) =2
i du 17. Biet F'(z) la mét nguyén ham ciia ham so f(x) T+ 3005z 5
Khi dé F(0) 1a

—gln2—|—2. —lln2—2. —11n2+2. —2ln2—2.
3 3 3 3

> /7 Q14 A 3 r—3 S p " _ a
(¢' Vi du 18. Khi tinh nguyén ham / 7\/1’—-1-1 dx, bang cach dat u = v/x + 1 ta dudc nguyén
ham nao dudi day?

@/2(u2—4)udu. /(u2—4) du.

© [2 (- 4) au. © [ (u - 3) du. Lo gidi.

(¢’ Vi du 19. Cho nguyén ham [ = /xvl + 222 dz, khi thuc hién déi bién v = /1 + 222

thi ta duge nguyén ham theo bién méi u 1

@I:;/UQCML. I:/u2du. @]z?/udu. @I:/udu.
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, , 4
@ Vi du 20. Cho ham s6 F(z) = / 227 +1dz. Biét F(0) = , tinh F(2v).

A3 845. (©)19. (D)10.

205 — ||
2 \/’CC—_H-
@1:/2“ —5 du. ®)1 = [ (1 - 6) au

(¢ Vidu 21. Tinh I = dx, khi thuc hién phép d6i bién v = /z + 1, thi dudc

(" Vi du 22. Ho nguyén ham ctia ham s6 f(z) =

A)F(z) =2V +1+C. B)F
@F(az):ln\/$2+1+0. @
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Z Vi du 23. Xét nguyén ham I = / 2vT + 2dz. Néu dit ¢ = /7 F 2 thi ta duge
A1 = / (t* — 22) dt. DIE / (4t — 2¢2) dt.
CIE / (2t* — 4¢%) dt. DI = / (2t = 1?) dt.

31 1 )
@ Vi du 24. Cho tich phan [ = / SNz ¥l Néudit ¢ = Ina thi
T
1
1 e e 1
41 t+1
@12/342 dt. 1’:/3?5+ at. ©I=[Et+1)d. OI= [Et+1)d
0 € 1 1 0
1

dz bang cach dit t = Inz. Ménh dé nao dudi

@ Vi du 25. Tinh nguyén ham 4 — /

rlnx
day dung?

@A:/dt. A:/;dt. @A:/tdt. @A:/idt.
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(¢' Vi du 26. Tim nguyén ham I = /sin4:1:cosa:d3:.

o B 5 51
@SH}) a5 e COS5 az e @_Slfl5 X e C])D_COS‘5 X e

o 141 .
(¢ Vi du 27. Nguyén ham T dz(x > 0) bang
z

@x+ln2x+0. 1n2x+lnx+0.

1 1
@§ln2x+lnx+6’. @x—i—iana:—{—C’.

(& Vidu 28. Cho I = /x (1—2?)™" de. Dit u =1 — 22 khi d6 I viét theo u va du ta

dugc:
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(¢ Vi du 29. Ho nguyén ham ctia ham s6 f(z) = 2/z + 3z 13
3 3z
@ x\/_+i+0 2:13\/5—1—%—’—0.
3 3 3z?
©Ozzvz+— +C. @435\/5—1-74—0.

(¢ Vi du 30. Tim ho céc nguyén ham ctia ham s6 f(z) = 224 + 3.
2
@)2vat a3 +C. 5 4+23)°+C
1
@2\/ 4+ 23)° + C. @§ (44 23)° +C. F.

(£ Vi du 31. Tim ho nguyén ham ctia ham s6 f(z) = 72+,

@/f(x) do ="'+ C. ./f(x) dz = 3”1 4 C.
@/f(l") dr = l;e:c3+1 +C. @/f(x) de — ;QIBH +C.

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590



Chuyén @& 1. NGUYEN HAM - TICH PHAN - UNG DUNG 39

e

@ Vi du 32. Tich phan / _dr
/ z(lnz + 2)

@ln2. ln;. @O. @IHB.

bang

B A TAP TU LUYEN 3
Cau 1 (MG 101-2020 Lan 2). Biét F (1) = ® + 2% 1a mot nguyén ham ctia ham s6 f (z) trén R.
Khi dé6 /f (22) dz bang
1 1
@Qem—l—sz—l—C’. §e2z+x2+0. ©§€2x+2$2+0. @62$+4$2+C’.
Cdu 2 (Ma 102-2020 Lan 2). Biét F () = e® — 22% 1A mot nguyén ham ctia ham s f (z) trén
R. Khi d6 / f (22) dz bing
1 1
@Qem—élxz—{—C’. §€2m—4$2+0. @e2m—8x2+0. @§e2m—2x2+0.
Céu 3 (Ma 103-2020 LAn 2). Biét F (z) = e — 2% 1a mot nguyén ham ctia ham sb f (z) trén R.
Khi dé /f (22) do bang
1 1
@562:’3—2#4—0. 62"”—4x2+0. @2ex—2x2+C’. @562’”—x2+0.
Céau 4 (Ma 104-2020 LAn 2). Biét F (z) = e + 222 1a mot nguyén ham ciia ham sé f (z) trén
R. Khi d6 / f(2z) dz bing
1 1
@62m+8$2—|—0. 26x+4$2+0. ©§e2x—|—2m2—|—0. @§ezx+4x2+0.
Cau 5 (Thi thir Loméndxdp-Ha Noi 1an V 2019).
Biét /f (2z) dz = sin*z + Inz + C. Tim nguyén ham /f () da?

@/f(x) dxzsian—i—lnx—l—C. /f(w) dz = 2sin® 2z + 2Ilnz + C.
@/f(a:) dx:2sinzg+21na¢+0. @/f(x) dr = 2sin’z + 2Inz + C.
Céu 6. Cho / f(4z)dz = 2 + 32 + C. Ménh d& nao dudi day ding?
@/f(x+2)dx:f+2x+(]. /f(x+2)dx:x2+7x+6'.
@/f(x+2)dx:x42+4x+0. @/f(x+2)dx:x;+4x+0.
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Céu 7 (DS12.C3.1.D09.b). Cho / f(z) dz = 42% + 22 + Cp. Tinh [ = / of (+7) do

£L‘10 {L‘G
(A)I =225 + 22 + C. B) =5t ¢
(O = 425 + 222 + C. D)I = 1222 + 2.

Céu 8 (S Bdc Ninh 2019). Tim ho nguyén ham cia ham s f (z) = 22" *1.
@® [ 1 (@) do =% 4 0, ®) [ /(@) dr =3e”+1 4 C.
@/fxdx:em+1+o. @/f da:—e””H—I—C

Cdu 9 (THPT Ha Huy Tap-2018). Nguyén ham cta f (z) = sin 295.65‘“2:” la

sm z+1 sin? z—1
sin? z—1 sin? z €
@sm z.e +C. smx—l—l+0' @e +C. @7sin2x—1+c'
- p P 1
Cau 10. Tim tat cé cdc ho nguyén ham ctia ham o f (v) = ———
) 9 + 3x° A
1 T 1 1 T
)dx = I C. / dx=——— — | C.
@/f * "3 x4+3'+ [@)dx=—33 36nx4+3'+
1 1 x? 1 1 x?
dx = —— — —In|——| + C. / dx = — C.
©/f(x) T T 36nx4+3‘+ D f (@) 36|t 3’+

Cdu 11 (Chuyén Lé Héng Phong Nam Binh 2019).
3
N N % £ . T 5 _
Tim ham so F (z) biet F (z) = /?1 1 dz va F (0) = 1.

(A)F () =In(z* +1) + 1. B)F () :n+1)+f’l

(©F () —lnx—i—l)—i—l. D)F (x) —41nx+1)+1
2017 b
1 —1 N
Cdu 12. Blet/;%lgdx:a.(ile) + C,x # —1 véi a,b € N*. Ménh deé nao sau day
dung?

(A)a = 2b. B)b = 2a. (©)a = 2018b. (D)b = 2018a.

Cau 13 (Chuyén Quéc Hoc Hué-2018).
s . 2017
Biét rang F' (x) 1la mot nguyén ham trén R ctia ham o f (z) = (332—1—1;018 thoa man F (1) = 0.
Tim gid tri nhé nhat m cta F (z).
1 — 92017

1 1 4 22017 1

o~ [ 2 1
Cadu 14. Cho F'(x) la nguyén ham ctia ham so f (z) = 1 va F'(0) = —In2e. Tap nghiém S
e:):

ctia phuong trinh F (z) 4+ In(e* + 1) = 2 la:
(A)S = {3}. B)S = {2;3}. (©)S = {-2;3}. (D)S = {-3;3}.

Céu 15 (THPT Lé Quy Pdn Da Nang 2019).

Ho nguyén ham ctia ham s6 f (z) = 23 (22 + 1)*" 1a
@1 (22 + 1) @+ )220 (22 + 1) @+ )220
2 2021 2020 2021 2020
@ (22 + 1) @+ )02 Lo @1 (22 + 1) @2+ )02 Lo
2021 2020 2 2021 2020
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CQu 16 (THPT Ha Huy Tap-2018). Nguyén ham cia f (z) = +1 BT
z.lnz
1+1 1+1
@/ i nxdx:ln|lnx|+0. ./ +1nxdx_ln‘x2.lnx|+0.
z.lnz
1 1+1
@/ +nxdx:ln\x+lnxl+0. @/ +nxdlen|x.lnxl—|—0.
z.lnx z.lnx

Cdu 17 (Chuyén Ha Long-2018). Tim ho nguyén ham ctia ham sb f (z) = 22"+

@/ (—t_5+2t_3—1> dt :it_4—t_2—1n|t|+0.
./f = 3¢"H 4 C.
©/ 1@ dx_ﬂ?’*wa
D/ /) dx—ﬁf‘°’+1+0.

Cdu 18 (Chuyén Luvong Van Chdanh Pha Yén 2019).
Nguyén ham ctia ham s6 f () = /32 + 1 1a

@ [ J (@) de =@z +1)VBrr1+C, ® [ @) —\3/31:—1-1—1—0.
© /1@ dx:§\3/3x+1+0. ©) [ /(@) de=Br+1)VBrr1+C.
Cau 19. Nguyén ham ctia ham 86 f () = v/3z + 2 1a
2 1
@§(3x+2]\/3x+2+0. §(3x+2]\/3x+2—|—0.
2 3 1
—(3x +2]\/3x+2+C. ——+C
©5 B +2V3r+2+ D3 —t
Cau 20 (HSG Bdc Ninh 2019). Ho nguyén ham ctia ham s6 f () = 2z + 1 1a
@—;(2x+1)\/m+0. ;\/mw.
2 1
@5(2x+1)\/2x+1+0. @§(2x+1)\/2x+1+0.
Céu 21 (THPT An Lo Hdi Phong 2019).
Cho ham sb f (z) = 2VZ. 132 Ham s6 nao dusi day khong 14 nguyén ham ctia ham s6 f (x)?
x
(A)F (z) =2Y" 4+ C. B)F (x)=2(2"-1) +C.
©F (@) =2(2"+1)+C. D)F (z) = 2V 4 C.,

Cdu 22 (THPT Yén Phong s 1 Bdc Ninh 2019).
Khi tinh nguyén ham / t=3 dz, bang cach dit u = v/ + 1 ta dudc nguyén ham niao?

Vr+1
@/2(u2—4)du. /(u2—4)du. @/(u2—3)du. @/2u(u2—4)du

1

Cdu 23 (Chuyén Ha Long-2018). Tim ho nguyén ham ctia ham sb f (z) =

222+ 1
@/f(x)d$:;V2x+1+C. ./f do =3z 714 C.
1
@/f(:v)dx:2\/2x+l+0. @/f - O

CAu 24 (THCS-THPT Nguyén Khuyén-2018).
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Nguyén ham ctia ham s6 f (z) = In (z + V22 +1) 1a
(A)F (z) = n ( :U+\/x2+1)+\/.:1:2+1—|—0 B)F (z) =zln (:1:+\/a:2 1) —VaZ+1+C.

@F =zln(z+ Va2 +1) + @F (z) n(z++va2+1)+C.
2 _
Céu 25 (Chuyén Ha Long-2018). Biét ring trén khoang (2 —|—oo> ham s f (z) = 200 \/%+ ’

c6 mot nguyén ham F (r) = (az® + bz + ¢) /2 — 3 (a,b, ¢ 1a cic s6 nguyén). Tong S = a+b+c

bing
(A)4. B)3. ©)s. (D)6.
Cdu 26 (Chuyén Bdc Ninh 2019). Tim nguyén ham ctia ham s6 f(z) = _sme
1+ 3cosz’
@/f(x)dx: §1n|1—|—3(:osx|+C’. /f(x)dx:ln|1+3008x\+6'.
@/f(:v)dx:3ln|1+3cosa:|+0. @/f(x)dx: —§1n|1+3cosx|+0.
Cédu 27 (S& Thanh H6a 2019). Tim céc ham s6 f(z) bidt f'(z) = —o"
(2 +sinz)?
sin 1
/) = map +C BJ@) = cosmy ¢
1 sin x
@f(x) :_2—|—sinx+0' @f(m)z 2+sina:+0

Céu 28 (THPT Quang Trung Péng Pa Ha Nbi 2019).

sinx
1+ 3cosz
(A)F(0) :——ln2+2 B)F(0 :——ln2+2

(©) F(0) :——1n2—2 (D) F(0 :——ln2—2

Cau 29 (Lién Truong Thpt Tp Vinh Nghé An 2019).

Biét / f (x) dz = 3z cos (22 — 5) + C. Tim khang dinh dtng trong cic khang dinh sau.
@/f(Sx) dx = 3z cos (62 — 5) + C. ./f ) dx = 9z cos (62 — 5) + C.
@/f(?)x) dx = 9z cos (22 — 5) + C. @/f ) do = 3z cos (22 — 5) + C.

Cau 30 (Chuyén Ho Long-2018). Tim ho nguyén ham ctia ham s6 f (z) = tan® x.
@/f ) do = —tan z— ;tan x + In |cosz| + C.

./f(a:) do = itan x—i—;tan x — In|cosz| + C.
@/f(a;) dr =~ tan' z + ;tan z + In|cosz| + C.

4
1 1
@/f(x) dx—ftan x—§tan x — In |cosz| + C.

Biét F (x) 1a mot nguyén ham ctia ham s6 f(z) = va F <g> = 2.Tinh F (0)

Cau 31 (Hong Bang-Hdi Phong-2018).

Biét F (z) 1a mot nguyén ham ctia ham s6 f () = sin® 2. cosx va F (0) = 7. Tinh F <g)
I
4

@F()-=  ®E()-r  ©F()-ten ©F()-
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~ . 1 1
Cdau 32. Cho F'(z) la mdt nguyén ham cia ham so f(z) = ] thoa man F (> =2va
rlnz

2 1 N
F(e) =1n2 Gié tri ctia bieu thic F (2) + F (e?) bang
e

(A)3In2 +2. B)In2+2. ©m2+1. (D)2In2 + 1.
Cadu 33 (Chuyén Nguyén Hué-HN 2019).

Goi F (x) 1a nguyén ham ctia ham sb f(x) = théa man F'(2) = 0. Khi d6 phuong trinh

x
V8 — a2
F (z) =« ¢6 nghiém la:

Az =0. B)z=1. Oz =-1. D)z =1- 3.

. ) 2 1.
Cadu 34. Goi F (z) la nguyén ham ctia ham so f (z) = \/a:x——l—l o Biet F'(3) = 6, gia tri cua
F(8) 1

217 215 215
=L 27. = =2
8 B)21 24 8
. ) 2022 — 30z + 7 3
Céu 35. Ho nguyén ham ciia ham s6 f (z) = — 5 ‘T; trén khodng (2; +oo) 1a
x E—
(A)(42% 4+ 22+ 1) 2z — 3+ C. B) (422 — 22 + 1) /22 — 3.
(©) (322 — 2z +1) 2z — 3. (D) (42> — 224+ 1) 2z — 3+ C.

Bi Dang 1.4. Nguyén ham ctia ham sb hiru ti

e Cong thiic thuong ap dung

1./axl+bdx:(1zln|ax+b|+0 2'/(cm:il))2dw:_(1z.aa:1+b+c
3. Ina +Inb = In(ab) 4. lna—lnbzln%
5. Ina” =nlna 6. In1=0

e Phuong phap tinh nguyén ham, tich phan ctia ham s6 hitu ty I = / ggg dx.

. Néu bac clia tt s6 P(z) > bac ciia mau sé Q(z) 22> Chia da thiic.

. Néu béc clia tit s6 P(z) < bac ctia mau s6 Q(x) P phan tich mau Q(z) thanh tich
s6, o1 stt dung phuong phap che dé dua vé cong thiic nguyén ham s6 01.

. Néu mau khong phan tich duge thanh tich s6 P, thém bét dé ddi bién hoac lugng

gidc hoa bang cach dit X = atant, néu mau dua dugc vé dang X? + a2.

(¢ Vi du 1 (Dé Minh hoa 2020 Lan 1). Ho tit cd cdc nguyén ham ctia ham s6 f(z) =

2
T " trén khoing (1;+00) 1a

7 —
@m—i—Sln(w—l)—i—C. m—Sln(x—l)—i—C’.

©c-—2 40 e+ > 4C.

(x—1) (x—1)
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44 1. NGUYEN HAM

A . . -2
(¢ Vi du 2 (M3 de 104-2019). Ho tat cd cdc nguyén ham ctia ham s6 f (v) = <3x 2P
x_
trén khodng (2; +00) 1a
2 2
4 4
1 —2)— —— . 1 —2)+ —— .
©3n(:c ) x—2+0 @Sn(:c )+x—2+c

(¢ Vi du 3 (M3 dé 101-BGD-2019). Ho tit cd cdc nguyén ham ciia ham s6 f(z) =
25 = 1|

5 trén khoang (—1; +00) la

(x+1)
3
@21n(:c+1)+x_51+0. 21n(:c—|—1)+x_§1+0.

(¢’ Vi du 4 (Chuyén Lé Quy Dén Dién Bién 2019). Tim mot nguyén ham F (x) ctia ham
s6 f (z) :am+%(a:7é0),biét rang F(-1)=1,F(1)=4,f(1)=0
x

3 3 7 3 3 7
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BAI TAP TU' LUYEN 4

Cau 1. Cho biét / 7 fﬁ if’_ 3

Ménh dé nao sau day ding?

(A)a+2b=38. Ba+b=8. (C©)2a—b=8. (D)a—b=38.

der =aln|z+ 1| +blnjz — 2|+ C.

~ ) 1 .
Cadu 2. Cho biét / 5 dz =aln|(z —1)(z+1)| + bln|z| + C. Tinh gid tri bieu thic: P =
3 —x
2a +b.
1
® ol o
- 2 4o+ 11 gz ,
Cau 3. Cho biet /7dx =aln|z+ 2| +bln|z + 3| + C. Tinh gid tri bieu thic: P =
2?2+ 52 46
a® + ab + b*.
(A)12. B)13. (C)14. D)15.
~ . b 1 1
Cdau 4. Cho ham sb f (x) théoa man f' (z) = ax? + — f)=3,f1)=2f <2> =13 Khi
x

d6 2a + b bang

@—3. B)o0. ©)5. @‘;’

Cau 5 (Ma 102 2019). Ho tat ci cdc nguyén ham ctia ham s6 f(z) = (ix—_l; trén khodng
(1;400) la
@31n(w—1)—gci1+c. 31n(x—1)+xil+c.
@3111(:1:—1)—1:314—0. @31n(3:—1)+$_1+c.
Cadu 6 (Ma 103-2019). Ho tat ci cdc nguyén ham ctia ham sé f(z) = (ix_:;; trén khodng
(—2; +o00) la
@21n(1:+2)+903_{2+0. 21n(x—|—2)+xl_§2+0.
@21n(x+2)—m+0. @21n(x+2)—m+0.

Cau 7 (THPT Yén Khanh-Ninh Binh-2019).
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2 2 1
Cho F(z) la mdt nguyén ham cta ham so f (z) = 44_:;4_3_‘_2 trén khoang (0; +00) théa man
x B+
1 ? s
F (1) = . Gid tri ctia bieu thitc S = F (1) + F (2) + F' (3) + ... + F'(2019) bang
2019 2019.2021 1 2019
— _ 2018 ——. —
2020 2020 @ 0 82020 @ 2020
N 2 3)d 1 s .
Céu 8. Giésﬁ:/ (22 +3) do = ——— +C (C 12 hing ).
r(z+1)(z+2)(x+3)+1 g (z)
Tinh tong cdc nghiém ctia phuong trinh g (z) = 0.
®-1 B s s
Cau 9 (Nam Trec-Nam Dinh-2018).
1 N
Cho I:/de — —% ~bln|z| +2cln (1 +2?) + C. Khi d6 S = a+ b+ ¢ bing
1 3 7
@ e 1 © T D2

Cau 10 (Truong VINSCHOOL-2020).
Cho ham sb f () xéc dinh trén R\ {—1;1} théa man f' (z) =

! : Biét f(3)+ f(—3) =4 va

x?2—1

/ (?1)) + f (—;) = 2. Gi4 tri ctia biéu thtic f (=5) + f(0) + f (2) bang

@5—;11&2. 6—;1112. @5—1—;11&2. @6+;ln2.
Cau 11 (Qudng Xuong-Thanh H6a-2018).

. 1
Cho ham s0 f (z) xac dinh trén R \ {—2;1} théa man f'(x) =

m,f(—3)—f(3):0vé

f(0) = ; Gid tri ctia biéu thiic f (—4) + f (1) — f (4) bang

@;ln2+; (B)In80 + 1. @;ln§+ln2+1. @élniJrl.
Cdu 12 (Chuyén Nguyén Quang Diéu-bong Thdp-2018).
Cho ham s6 f (z) xéc dinh trén R\ {1} théa man f'(x) = :Eil’ f(0) =2017,, f(2) = 2018.
Tinh S = (f (3) — 2018) (f (—1) — 2017).
(A)S = 1. B)S =1+n?2. (©)S =2m2. (D)S = In?2.
Cdu 13 (S& Phi Tho-2018). Cho ham s6 f (x) xac dinh trén R\ {—1;1} thoa man f'(z) =

xf_ (24 @)=0v ] (—;)H (;) 9. Tinh f(=3)+ f (0) + f (4) duge két qua

@mgﬂ. 1n§—1. @1n§+1. @1n§—1.

Bi Dang 1.5. Nguyén ham tirng phan

Cho hai ham s6 u va v lién tuc trén [a;b] va c6 dao ham lién tuc trén [a; b].
Khi do: /udv = uv — /vdu ()
Pé tinh nguyén ham I = / f () do bang phuong phép ting phan ta lam nhu sau:

e Bu6e 1: Chon u, v sao cho f(z) dz = udv (Cha y: dv =o' (x) dz).
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Tinhv:/dv va du = u'. dzx.

e Budc 2: Thay vao cong thitc () va tinh /vdu.

Can phai lia chon v va dv hdp li sao cho ta dé dang tim dudc v va tich phan / vdu dé
tinh hon / udv. Ta thuong gap cac dang sau

sin x

Dang 1: [ = /P(:p) dz, trong d6 P (x) la da thiec.
COS T
sinx
Vé6i dang nay, ta dat uw = P (x), dv = dx.
cos T
Dang 2: [ = / (z) e** T da.
u= P (z)
Véi dang nay, ta dat , trong d6 P (x) la da thic

dv = e dx
Dang 3: [ = /P(:);) In(Mz +n) de.

u=In(Mzx+n)
V6i dang nay, ta dat .

dv =P (x) dz
sin
Dang 4: [ = / e’ dx
cos T
sin sin
u = ) U=
V6i dang nay, ta dat cosz | dé tinh / vdu ta dat cos T
dv =e"dx dv =e"dx

@ Vidu 1. Két qué ciia [ — /xewdx B
@]:xex—ex—i—C’. ]:ex+xex+0.
2

z? x
@]:?ex%—C. @]:Eex%—ex—i—c.
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(¢ Vi du 2. Cho F(x) 1a mot nguyén ham ctia ham s6 f(x) = (5z +1)e” va F(0) = 3. Tinh
F(1).

AWF(1)=11e-3. BF1)=e+3.  (OF1)=e+7. DF1)=e+2.

(¢ Vidu 3. Tinh F(x) = /msin 2z dz. Chon két qui ding?
1 1
@F(m) = Z(Qm cos 2z + sin 2z) + C. F(m) = —Z(Zx cos 2x + sin 2z) + C.
1 1
@F(m) — —1(21’ cos2x —sin2z) + C. @F(az) — 1(2.7: cos 2z — sin2z) + C.

a

(Inz + b) 14 mot nguyén ham ciia ham s6 f(z) = , trong

(¢’ Vi du 4. Cho F(z) 5
x x
doé a,b € Z. Tinh S =a+b.

A)Ss = -2 BS =1. ©s =2 DS =o.
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(¢ Vi du 5. Ho nguyén ham ctia ham s f(x) = x cos 2z 1a

@93512123: B 005423: LC ;psinga; B cos22.:1: Lo
2 in2 9
S DN

(¢ Vi du 6. Goi F(x) 1A mot nguyén ham ctia ham s6 f(x) = re~®. Tinh F(z) biét F(0) =
1.

A)F(z) = —(z+1)e® +2. B)F(z) = (x+1)e ™ + 1.

©F(z) = (z+1)e +2. D)F(z) = —(z + 1)e™® + 1.

» e <X — ]- — 2ot . 7 2
(£ Vi du 7. Biét /(91; +3)-e*dz = ——e *(2z +n) + C, v6i m,n € Q. Khi d6 tong
m
S =m? 4+ n? cb gia tri bang

(Aa)10. B)5. (©)6s. (D)41.

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue



50 1. NGUYEN HAM

(¢ Vi du 8. Ho nguyén ham ctia ham s6 f(r) = zIn2x 1a
D

2
@%ln2x—x2+0. x21n2x—%—|—0.

2

z? x 1
©§(ln2x—1)—|—0. @5 <ln2x—2>+0.

(¢ Vi du 9. Ho cdc nguyén ham cta f(z) = zlnz la:

2 1 1
@%lnx—i—sz—l—C’. x21nx—§x2—|—0.
x? L 5 1
@5111:5—1:5 + C. @xlnx+§x+0.

(¢ Vi du 10. Ham sb f(z) thod man f'(z) = ze® la:
i

@(x—l)evaC. B)a2 + +C. Qw2 +C. @(m—l—l)ex—kC.

ex
z+1

(£ Vi du 11. Ho nguyén ham ctia ham s6 f(z) = (22 + 1)e® 1a

@(Zx—l)em—i-C. (21’—1—3)6”3—1—0. ©2xex+0. @(2w—2)ex+0.
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(£ Vi du 12. Ho nguyén ham ctia ham s6 y = 3z(x + cosz) 1a
@x3+3(xsinx+cosx)+0. x3—3(xsinx+cosx)+6’.
©x3+3(:csinx—cosx)+0. @x3—3(:csinx—cosx)+0.

(" Vi du 13. Tt ca cac nguyén ham ctia ham s6 f(r) = sirig " trén khoang (0;7) la
@—xcotx—l—ln(sinx)—i—C. xcotm—ln|sin:c]+0.
@xcotx+1n|sinx|+0. @—xcotx—ln(sinx)—l—C.

(¢ Vi du 14. Ho nguyén ham ctia ham s6 f(z) = 4z(1 + Inz) 1a

@2x21nx+3x2. 2;1:21nx+:c2.

©2x2lnx+3x2+0. @2x2lnx+x2+0.
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(" Vi du 15. Tim tat ci nguyén ham ctia ham s6 f(z) = (32% + 1) In .
@/ f@)dr =2 (@ + 1)z -2 +C.
/f(x)dx:x?’lnx—x;—i—C,
© f@)dr =2 (@ + )z - L —a+C.
@/f(x)dxzx?’lnx—x;_IJra

(¢ Vi du 16. Tinh F(x) = /xcosxdx ta duge két qua
@F(x):xsinx—cosx+0. F(:z:):—a:sinx—cos:c—i-C.
@F(m):xsinx+cosx+0. @F(m):—xsinx+cosx+0.

D BAITAP TU LUYEN 5

Céu 1 (Ma 101-2020 Lan 1). Cho ham sb f (z) =

ség() (z+1).f (z) la ,

2?4+ 20 —2 93—2 zr+x+2 T+ 2
+C. - 4.

v © *¢ Ot

242

" Ho tat ca cac nguyén ham cia ham
e+

Cfdu 2 (M@ 102-2020 Lén 1). Cho ham s6 f (z) = \/xj’?
50 g (v ) (z+1) f (2) la

+2r —3 +3 20 + 2 +3
@332\/2‘%74_ +C. y : @i/i +C. @

Ho tat ca cac nguyén ham cia ham

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590



Chuyén @& 1. NGUYEN HAM - TICH PHAN - UNG DUNG 53

Cau 3 (MG 103-2020 Lan 1). Cho ham sb flz) = \/% Ho tat cd cdc nguyén ham ctia ham
x

50 g(x) = (x + 1]f'(x)

22+ 22— 1 x—i—l 20+ + 1 x—1
+C. +C.
@] O il @il

Céu 4 (Ma 104-2020 Lan 1). Cho ham sb f (z) = \/% Ho tat ca cdc nguyén ham ctia hAm

x

30 g(z) = (x+1) f'(2) 1a
® 2\36/:;1 T \/q,ﬂ © x2\+/ 22&: +e © 21;/:2 e
Cau 5 (Pé Minh Hoa 2020 L&n 1). Cho ham sb f (7) lién tuc trén R. Biét cos 2z 1a mdt nguyén
ham ctia ham s6 f (z)e®, ho tat cd cdc nguyén ham ctia ham s6 f' (z)e® la:
@—Sin2x—|—0052x+0. —281n2x—|—0082x+0.
@—2sin2x—0082x+0. @QSian—cos2x+C’.

Cau 6 (Pé Tham Khdo 2019). Ho nguyén ham ctia ham s6 f (z) = 4z (1 + Inz) la:

@2x21nx+3x2. 2x21nx—|—x2. ©2x21nx+3x2+0. @szlnx+x2+0.
Cdu 7. Ho cic nguyén ham ctia ham s6 f (x) = xsinz 1

@F(x):xcosx+sinx+0. F(m):xcosx—sinx—l—C’.

@F(x):—xcosx—sinx—i—C. @F(x):—xcosx+sinx+0.

Cau 8 (Chuyén Phan B6i Chéau 2019).
Ho nguyén ham ctia ham 86 f(z) = z.*® la:
@F(m):;e%(x—;)—i-c. F(ZE):;QQI(ZL’—2>+C.
@F(z)zQezx (x—2)+C. @F(m):262‘” (x—;) +C.
Cau 9 (THPT Gia Loéc H&i Duong 2019).
Ho nguyén ham ctia ham s6 f () = (2x — 1)e” 1a
@(21‘—3)&—1—0. (2x+3)e“+0. @(2$+1)€I+C. @(2x—1)e‘”+0.
Cau 10 (Chuyen Phan Béi Chdu Nghé An 2019).

Tim ho nguyén ham ctia ham s6 f(x) = ze?*?

@F(z):;e% (w—;) + C. F(x):;e% (x—2)+C.
(O F(z) = 2¢* (x — 2) + C. @F(m) = 2e% (x — ;) +C.

Cau 11 (Chuyén Son La 2019). Ho nguyén ham ctia ham s f (z) = 2 (1 +sinz) 1a
@ﬁ—xsinx%—cosx—l—a :C;—xcosx—i-sinijC’.
@x;—xcosx—sinx—ir(}. @x;—xsinx—cosx—i—a

Cdu 12 (Chuyén Thdi Binh-Lan 3-2020).
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Gid st F (z) = (az® 4+ bz + ¢)e® 1a mdt nguyén ham ctia ham s6 f (r) = 2% Tinh tich P =
abc.

(A)—4. B)1. ©-s. (D)-3.
Cau 13. Ho nguyén ham ctia ham s6 f(z) = 22(1 +¢%) 1a

@(Qx—l)ex—i-ﬁ. B2z +1)e* +22  (C)(2z+2)e” + 22 @(2x—2)e”+x2.

Cdu 14. Ho nguyén ham clia f () = xInx 13 két qua nao sau day?

1 1 1
@F f:c lnx—|—2:c +C. F(az)zix?lnx—l—zxg—l—(?.

1 1 1
@F f.rzlna: 4372—1—0. @F(x)ziﬁlnx—i—zx%—C.

Céu 15 (Chuyén Lé Hdng Phong Nam Dinh 2019).

Tim tat cd cdc nguyén ham clia ham s() f(z)=(32*+1).Inz.
3

@/f d$—£$+1)lnw—%+0 ./fmdx:x‘gln:v—%%—(].

3

f(x x—xx+1lnx—x—3—x+0 f(x x:x?’lnm—x——x—l—C.
©f Jine =5 ;

Cau 16 (Chuyén bai Hoc Vinh 2019).

Tt c& cic nguyén ham ctia ham s f (7) = LQ trén khoéng (0;7) la
sinz
@—xcotx+ln(sinx)+(7. :Ecot:v—ln|sina:|+0.
@xcotx+ln|sinx|+6’. @—xcotx—ln(sinx)+€.

Cdu 17 (S& Phi Tho 2019). Ho nguyén ham cita ham s y = 3z (z + cosz) 1a
@x3+3(xsinx+cos:r)+0. B)z® — 3 (zsinz + cosz) + C.
(©)a? + 3 (xsinz — cosz) + C. @xS—S(xsinx—cosx)—l—C.
Cau 18 (Chuyén Lé Hong Phong Nam Pinh 2019).
Ho nguyén ham ctia ham s6 f (z) = 2 + ze® 1a
1 1
@5955—1-@—1—1)6“”—1—6’. 5x5+(x—1)ex—i—C'.
1
©5x5+xex+0. @4$3+(:U+1)ex+0.
Cau 19. Cho hai ham s6 F (z), G (x) x4c dinh va ¢6 dao ham lan lugt 1a f (z), g (z) trén R. Biét

3
rang F (z).G (z) = 22In (22 + 1) va F (z) .9 (z) = Ho nguyén ham ctia f (z) .G () 1a

2?2 +1
@(x2+1)1n(x2+1) + 222+ C. (x2—|—1)1n(m2+ 1) — 222+ C.
@(w2+1)ln(:ﬁ2+1)—x2+0. @(m2+1)1n(x2+1)+x2+0.

Cau 20 (S& Bdc Ninh 2019). Ménh d nio sau day 1 ding?

2
@/xe$dx:e“+xe$+0. /xezdx:%ex—i—e“‘—i—a

2

@/xexdx:xex—ex—l—(]. @/wexdx:%e”—ka
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Cdu 21 (56 Bac Giang 2019). Cho hai ham s6 F (z), G () xac dinh va ¢6 dao ham lan lugt 1a

2 3
f(z), g(x) trén R. Biét F (z).G (z) = 22In (22 + 1) va F (z) g (z) = % Tim ho nguyén ham
x

cua f(z) G (x).

@(x +1)In (22 +1) + 222+ C. B) (22 + 1) In (2% + 1) — 222 + C.

@(mQ—i—l)ln(acz—i—l)—xQ—i—C. @(x2+1)1n(x2+1)+x2+0.

R ) 1 L. N (z2+a)® . .
Cau 22. Cho biet F (z) = gx?’ + 2r — — la mot nguyén ham cta f (r) = ~————. Tim nguyén

x x
ham cta g () = x cosax.
1 1
@xsinx—cosx+6’. 5xsin2x—zcos2x+0.
1 1

@xsinx+cos+0. @ixsin2x+ZC082$+C.

N . 222 1 1
Cdu 23. Ho nguyén ham ctia ham s6 y = Q2"+ z)Inz+ 1a

x
2 2
@(m2+az+1)lnx—%+x+(]. (x2+x—1)lnx+%—x+(].
2 2

@(x2+x+1)lnx—%—x+0. @(x2+x—1)lnx—%+x+0.

2~ hod 1 N A N N 2 N A f(x) N N
Cdau 24 (Ma 104 2017). Cho F (z) = 5.2 la mdt nguyén ham cia ham so . Tim nguyén

x x

ham ctia ham s6 f (x) Inz.

1 1 1 1
@/f lnl’d%_—(zf—i—ﬁ)—ka ./f lnxdx—%—i—ﬁ—i—C

1 1 1 1
@/f lnxdx_—<;12x—|—2m2>+0' @/f lnl‘dl’—%ﬁ-j—FC.

T

fz)

~ - 1 .
Cdau 25 (Ma 105 2017). Cho F' (z) = ~3.3 la mot nguyén ham ctia ham so . Tim nguyén
x

ham ctia ham s6 f (z)Inx

Inz Inz
® [ 7@ lnxdx—x——f—ﬁ—i—C’ ® /@ 1115001:1;_F 5x5+0

Inx 1 In 1
@/f lnxdx——?+ﬁ+0 @/f lnxdx———l—gi—i-C
Cau 26 (Ma 110 2017). Cho F (x) = (x — 1)e® 1a mdt nguyén ham ctia ham s6 f (x) e**. Tim
nguyén ham ctia ham s6 f/ (z) €.

@/f )e2 dz = (4 — 22) " + C. /f’(a;)e%dx:(x—z)euc.
@/f xe2xdx=22xe~'ﬁ+0. @/f’(x)e%dx:@—x)eua
Cau 27. Cho ham s6 f (z) thoa man f’(z) = ze® va f (0) = 2.Tinh f(1).
@r@ =3 ® ) =e. ©f)=s5-c  DfO1)=8-2e
Cau 28 (Chuyén bai Hoc Vinh 2019).
Cho ham s6 f (z) thoa man f (z) + f' (¥) = e, Vo € R va f (0) = 2. Tét c& céc nguyén ham ciia
F(x)e® 1a
(A)(z —2)e" + e+ C. B)(z +2)e* +e* + C.
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@(z—l)e”ﬂ—O. @(:v+1)ex+0.
Cau 29 (Viét Plirc Ha Ndi 2019). Cho ham sb y = f (x) théa man f' (z) = (v +1)e%, f(0) =0
va /f (z)dz = (az + b) e” + C véi a,b, ¢ 1a cic hang s6. Khi dé:

@a—{—bzz a+b:3. ©a+b:1. @a+b=0.

Cau 30 (THPT Nguyén Thi Minh Khai - Ha Tinh - 2018).
Goi F () 1a mot nguyén ham ctia ham s f (z) = re™®. Tinh F (z) biét F (0) = 1.
AF(z)=—(z+1)e ™ +2. B)F(z) = (z+1)e ™ +1.
OF (z)=(z+1)e ™ +2. D)F () = —(x+1) e + 1.
Cau 31 (5S¢ Qu&ng Nam-2018). Biét /xcos 22 dx = az sin 2z + bcos 2z + C véi a, b 14 céc s6
httu ti. Tinh tich ab?
1 1 1 1
@ab—g ab—z @ab——g @Gb——i

Cadu 32 (Chuyén Ph Vinh-2018). Gia st F (x) la mdt nguyén ham cta f (x) = M sa0

2
cho F (—2) + F (1) = 0. Gi4 tri ctia F'(—1) + F (2) bang
1 2

@;ln2—21n5. B)0. @;1112. @31n2+21n5.
Cdu 33 (THCS&THPT Nguyén Khuyén-Binh Duong-2018).
Goi g (r) 1a mdt nguyén ham ctia ham s6 f () = In(x — 1). Cho biét g (2) =1 va g(3) = alnb
trong d6 a, b 1a cac s6 nguyén duong phan biét. Hay tinh gid tri ciia T = 3a® — b?

(A)T =38, BT = -17. ©T1 =2 DT = -13.
Cau 34 (S Quéng Nam-2018). Biét /xcos 2z dz = axsin 2z + beos 2z + C vé6i a, b 1a céc sb
hitu ti. Tich ab bang?

1 1 1 1
@ab:§ abzz @ab:—g @(lb:—z
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2. TICH PHAN

KHAI NIEM TICH PHAN

e Cho ham s6 f(x) lién tuc trén K va a, b € K. Ham s6 F(z) duge goi 1a nguyén ham ctia

f(x) trén K thi F(a) — F(a) dugc goi 1a tich phan ctia f(z) tit a dén b va duge ki higu 13

b b
b
/ (&) dz. Khi do / fl)dz = F(z)| = F(b) — F(a)|, (a 1 can dui, b 12 cn trén).

a

e D6i v6i bién sb 14y tich phan, ¢ thé chon bat ky mot chit khac nhau thay cho z, nghia 1a
b b
I= / f(a)dz = / F(t)dt = --- = F(b) — F(a) (khong phu thudc bién ma phu thudc

hai cén).

B TiNH CHAT CUA TICH PHAN

\c-

a) f(x)d:r:—/af(x)dm Va/af(x)dxzo.

a

b

o) / [f(@) £ g(a)] do = / fla) do / g(x)de
d) /f(:v) da::/cf(x) dx+/bf(93) do
b b b b
o) [f@)de=f@)| . [f@de=f@)], [@)de=f@).

Vi du mau: Tinh céc tich phan hodc tim tham s6 m (nhém da thiic)

3
a) Tinh [ = [ (32® — 4z + 5) da.
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3
b) Tinh I = [ (42° — 32° + 10) da.

-2

CAC DANG BAI TAP

Bi Dang 2.6. Tich phan cd ban & tinh chét tich phan

4 4
@ Vi du 1 (M3 d& 101- TNTHPT 2021- Dot 1). Néu /f(a:) de = 3va /g(:z:) de = —2
4 1 1
th / (f(z) — g(z)) dz bing
1

—1. B -5. (©)s. D)1.
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3
@ Vi du 2 (M3 d& 101- TNTHPT 2021- Dot 1). Néu /f(x) dz = 4 thi /Sf(x) s
0

bang

A)36. B)12. (©)s. (D)4.

2 2
@ Vi du 3 (M3 d& 101- TNTHPT 2021- Dot 1). Néu /f(x) dz = 5 thi /[Qf(x)—l] dz
0

. 0
bang

A)s. B)9. (©)10. D)12.

1 3
@ Vi du 4 (D& 101- TNTHPT 2021- Dgt 2). Néu /f(:c) de = 5w /f(x) dz = 210
0 1

3
th / f(2)dz bing
0
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(¢ Vidu 5 (Ma dé 101- TNTHPT 2021- Dgt 2). Cho f la ham s6 lién tuc trén doan
[1;2]. Biét F 1a nguyén ham clia f trén doan [1;2] théa man F(1) = —2 va F(2) = 3. Khi
2

2 2
@ Vi du 6 (M3 d& 101- TNTHPT 2021- Dot 2). Néu/f(x) dz =2 thi/[2x—f(m)] dz
0

A)2. B)s. (©)s. (D)o.

@ Vi du 7 (M3 d& 101- TNTHPT 2021- Dot 2). Cho ham s6 y — f(z) lién tuc trén
doan [—1;6] va c6 do thi la dudng gap khiic ABC nhu hinh bén duéi. Biét F 1a nguyén ham
cia f théa man F(—1) = —2. Gid tri ctia F(4) + F(6) bang
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(¢ Vi du 8 (Ma dé 103- TNTHPT 2021- Dgt 2). Cho f 1a ham sb lién tuc trén doan
[1;2]. Biét F' 1a nguyén ham ctia f trén doan [1;2] thod man F(1) = —1 va F(2) = 3. Khi
2

dé/f(:c) dz bang
1

1 3
@ Vi du 9 (M3 d& 103- TNTHPT 2021- Dot 2). Néu /f(a:) i = 8w /f(:v) dlp = 41
0 1

3
thi / f(2)dz bing
0
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2 2
@ Vi du 10 (M3 d& 103- TNTHPT 2021- Dot 2). Néu /f(x) de = 3 thi /[233 .
0 0

f(z)] dz bang

@7. (B) 10. ©)1. (D)-2.

(¢ Vi du 11 (Ma dé 103- TNTHPT 2021- Dgt 2). Cho ham s6 y = f(z) lién tuc trén
doan [—1;6] va c6 do thi 1a duong gap khiic ABC trong hinh bén. Biét F 13 nguyén ham
ctia f thda man F(—1) = —1. Gid tri ctia F(5) + F(6) bang

4y
Af 3
! 2
1
]
i
]
i
i 6
-1 |o Pox
I
1
1
I
R ;
P e kb —— (_"
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2

2
X . 1 S
@ Vi du 12 (M3 dé 101- 2022). Néu / f(z)de = 4 thi / {2 flz) + 2} dz bing
0 0

5 —1
@ Vi du 13 (Ma d& 102- 2022). Néu / f(2)dz = —3 thi / f(2)dz bing
—1 5

3 3
A < 1 S
@ Vi du 14 (M3 d& 103- 2022). Néu / f(z)dz = 6 thi / {3 flz) + 2} dz bing?
0 0

2 5 5
@ Vi du 15 (M3 d& 104- 2022). Néu /f(:v) de = 2 va /f(x) dz = —5 thi /f(x) dz
—1 2 —1

bang —7 —347
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2 3
@ Vi du 16 (D& Minh Hoa 2020 Lin 1). Néu /f(x) dz = —2 v /f(:zc) dz = 1 thi
5 1 2
/f (z) dz bang
1

3
@ Vi du 17 (THPT Quéc Gia 2021 — Lan 1 - Ma 102). Néu /f(:c) de = 4 thi
, 0
/3f(x) dz bang
0

(A)36. B)12. ©)s. (D)4.

3
@ Vi du 18 (THPT Quéc Gia 2021 — Lan 1 - M3 102). Néu /f(x) dz=3  thi
0

3

/Qf(q:) dz bang

0

@s. B)18. ©2. D)s.

2
@ Vi du 19 (THPT Quéc Gia 2021 — Lan 1 - M4 102). Néu /f(x) de=5  thi
0

/ 2f(z) — 1] dz bing

A)s. B)9. (©)10. (D)12.

. J
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2
(¢’ Vi du 20 (THPT Quéc Gia 2021 Lan 1 - M3 102). Néu /f(x) dee = 3 thi
0

/[Zf(x) — 1] dz bang

(A)6. B)4. ©)s. D)s.

1 1
@ Vi du 21 (D& Tham Khéo 2020 L3n 2). Néu / f(z) dz = 4 thi / 2f (z) dz bing
0 0

(A)16. B)4. (©)2. (D)s.

3 3
(¢’ Vi du 22 (M3 101-2020 Lan 1). Biét /f(:c) dz = 3. Gia tri cﬁa/Qf (z) dx bang
1

1

A)s. B)9. ©)s. 2

(¢ Vi du 23 (M3 101-2020 Lan 1). Biét F (z) = 2% 1a mot nguyén ham ctia ham s6 f ()
2

trén R. Gid tri cia / 2+ f (z)] dz bing

1

13 7
A)s. B)3. = =
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5 5
(¢’ Vi du 24 (M3 102-2020 Lan 1). Biét /f(x) dz = 4. Gié tri cta /Bf(:c) dz bang
1

1

@7 ;l. (©)64. D)12.

(¢ Vi du 25 (Ma 102-2020 Lan 1). Biét F(x) = 2% 1a mdt nguyén ham ctia ham s f(x)
2

trén R. Gia tri cia /(2 + f(z)) dz bang
1

23 15
= B)7. (©)9. —

@)s. B)6. § (D)8
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(¢ Vi du 27 (M3 103-2020 Lan 1). Biét F(x) = 2% 1a mdt nguyén ham ctia ham s f(x)
3

trén R. Gid tri cia / [1+ f(z)] dz bing

1

(A)20. B)22. (C)26. (D)28.

3 3
@ Vi du 28 (Ma 104-2020 L3n 1). Biét / £ (2) dz = 6 Gié tri cla / 2f(z) dz bing.
2 2

(A)36. (B)3. ©)12. (D)s.

(¢ Vi du 29 (Ma 104-2020 Lan 1). Biét F (z) = 22 1a mot nguyén ham ctia ham s f(x)
3

trén R. Gia tri clia / [1+ f(x)] dz bang
1

(A)10. B)s. 236. 332
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3
@ Vi du 30 (M4 101-2020 L3n 2). Biét / f@)de = 4 va / g(z)dz = 1. Khi dé:
2

4
@ Vi du 31 (M3 102-2021 L3n 1). Néu /f(a:) dz = 6 va /g(x) dz = —5 thi
1

(; )] bang
1 @Aa)-1. B -11. ©)1. (D)11.

1
@ Vi du 32 (Ma 101-2020 L3n 2). Biét / 2)+ 2z de = 2. Khi d6 /f(m) dz

bang:

A1 B)4. ©)2. (D)o.

3
@ Vi du 33 (Ma 102-2020 Lin 2). Biét /f(:c) dr = 3 va /g(x) dr = 1. Khi do
2

3
]/ | dx bang
2

@4. B)2. © -2 D)3.
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4
@ Vi du 34 (THPT QUOC GIA 2021 - DJT 1 - M3 102). Néu /f(a;) dz = 3 v
1

4

/g(x) dz = —2 thi / [f(z) — g(x)] dz bang

1

1 Aa)-1. B)-5. (O)s. D)1.

1 1

@ Vi du 35 (Ma 102-2020 L3n 2). Biét /[f () + 2] dz = 3. Khi dé /f(a:) dz

S 0 0
bang
@1 B)5. (©)3. (D)2.

2 2

@ Vi du 36 (M3 103-2020 L3n 2). Biét / f@)de = 3 va / g(z)dz = 2. Khi 6

1 1

H\w
=
S
~

I
K
S
—rt

(o
S
o
Q¢
=
OS]
-~
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1 1
@ Vi du 37 (M3 103-2020 L3n 2). Biét / [f (z) +22] dz = 4. Khi d6 / f(2) dz
0 0

bang

A)3. B)2. (©)s. (D)4.

2 2
@ Vi du 38 (M4 104-2020 Lin 2). Biét /f(x) de = 2 va /g(x) dz = 3 Khi dé /[f(x)+
1 1 1
g(x)] dz bang

@1 B)5. 1. (D)6.

1 1
@ Vi du 39 (M4 104-2020 L3n 2). Biét / [f (x)+22] dz = 5. Khi d6 / f(z) do
0 0

bang

@7. B)3. ©)s. (D)4.
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2

2
@ Vi du 40 (M3 103-2019). Biét / fl@)de = 2 v / g(z)dz = 6, khi d6
1

H\M
=
S
~—

|
K
S
—rd
o,
S
o
¢
=
(0}

1 1
@ Vi du 41 (Ma 102-2019). Biét tich phan / f(z) de =3 va / g(z) dz = —4. Khi d6
0 0

J1f @) + g (@)] dz bing

1
@ Vi du 42 (M3 104-2019). Biét / fl@)ydz = 2 va / g(z)de = —4, khi d6
0

[ 1) + g(x)) dz bing
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1
@ Vi du 43 (M3 101 2019). Biét /f(x) dr = -2 v /g(:c) dz = 3, khi d6
0

1
@ Vi du 44 (D& Tham Khao 2019). Cho /f(ac) dz = 2 w /g(x) dr = 5, khi
0

[ 1f (@) = 29 (2)] az bing

(¢ Vi du 45 (THPT Ba Dinh 2019). Khing dinh nao trong cic khang dinh sau ding véi

moi ham f, g lién tuc trén K Va a, bla cac s6 bat ky thude K?
b

@ [ /(@) +29() d:c—/f dx+2/g d.

ab /f
L
/g
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b b b
© [ i@ o) dw= [ @)z [ gx)do
b b 2 ¢
@/f2(x)d:c: [/f(x) dx]
(# Vi du 46 (THPT Cém Giang 2 2019). Cho | f =1, [f@dt = 4 T
[1way
2@]—5 12—3 @I:3 @]:_5

D BAI TAP TU LUYEN 1

2 2
Céu 1 (THPT Cli Huy Céin -2019). Cho /f (z) dz = 3 va /g () dz =
0 0

2

khi d6 / [f () + 3¢ (z)] dz bing
0
(A)16. B)-18. (C)24. (D)10.
Cdu 2 (THPT-YEN Dlnh Thanh Héa 2019)
Cho [ f(x =—1; [ f(z)dz =5. Tinh | f(x)dx
YT P
@1. B)4. (©)6. D)s5.

Cau 3 (THPT Quynh Luu 3 Nghé An 2019).
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2 3 3
Cho/f(:c) dz = —3 va/f(x) dz = 4. Khi dé/f(a:) dz bing

2

@112. B)7. 1 ©)1. (D)-12.
(édu 4. Cho ham s f (x) lién tuc, c6 dao ham trén [—1;2], f (1) = 8; f (2) = —1. Tich phan
/f’ (z) dz bang
N (A1 B)7. (©)-o9. (D).
4

2
Céu 5 (5 Thanh H6a-2019). Cho ham sb f (z) lién tuc trén R v ¢6 / fla)dz = 9; / flo)dz =
0

2

4
4. Tinh [ = /f(x) de
0

A1 =5 B)1 = 36. @I:Z. D)1 =13.
0 3 3
Cdu 6. Cho /f(:v) de = 3/f(.r) dx = 3. Tich phan /f(x) dx bang
“1 0 )
(A)6. B)4. (©)2. (D)o.

Cadu 7 (Chuyén Nguyén Trai H&i Duong 2019).
4

4 3
Cho ham s6 f (x) lién tuc trén R va /f(x) dx = 10, /f(x) dx = 4. Tich phan /f(x) dx
0 0

s 3
bang

(A)4. B)7. (©)s3. (D).
Cdu 8 (THPT Hoang Hoa Thadm Hung Yén 2019).
Néu F' (z) = s F (1) =1 thi gia tri ctia I (4) bang
v

(A)In7. 1+;1n7. (Cm3. D)1 +In7.

Céu 9 (THPT Podan Thuong-Hdi Duong -2019).
8

12 8
Cho ham s6 f () lién tuc trén R thod man /f (x) dz =9, /f () do = 3, /f () do = 5.
o 1 4 4
Tinh [ = /f(a;) dz.
1
(A)I =17 B)I=1. ©1=11. D)1 =71.
Céu 10 (THPT Quang Trung Péng Pa Ha Nbi 2019).
10 6

Cho ham s6 f(z) lién tuc trén [0;10] théa man /f(x) dz =7, /f(x) dz = 3. Tinh P =
0 2

/f(x) d:c+/f(x) dz.
(A)P = 10. B)P =4. ©P=1. D)P = -6
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Cau 11 (Chuyén Lé Quy Pon Pién Bién 2019).
3

Cho f, ¢ 13 hai ham lién tuc trén doan [1; 3] thoé: / [f () + 3¢ (z)] dz = 10, / 2f (z) — g (2)] da =

1 1

6. Tinh /[f () + g (x)] de.
@A B)6. (O)8. (D)9.

Cau 12 (Chuyén Vinh Phuc 2019). Cho ham sb f (z) lién tuc trén doan [0; 10] va /f (x) dz =

0

6 2 10
7 [ f(x)dz=3.Tinh P= | f(z)de+ | f(z) da.
/ [16r0e]

0
(AP =4 (B)P = 10. ©P=T1. D)P =4
3
Cau 13. Cho f, g 1a hai ham s6 lién tuc trén [1;3] thda man diéu kién / [f (x) + 3¢ (z)] dz = 10

1
3

déng thoi / 2f (x) — g ()] dz = 6. Tinh / [f(z) + g(2)] da.

1 1

(A)9. B)6. ©)7. (D)s.

Cdu 14 (THPT Péng Son Thanh Hoa 2019).
3 3

Cho f, g 1a hai ham lién tuc trén [1; 3] thoa: / [f () + 3¢ (x)] dz =10 vzi/ 2f (x) — g (z)] dz = 6.

1 1
3

Tinh [ = / [f () + g ()] da.

1
(A)s. B)7. (©)9. (D)6.
N
2
Céu 15 (M& 104 2017). Cho /f (z) de = 5. Tinh I

0
A =1 B1=5+7. ©1=3. D=5+

2
Céu 16 (Ma 110 2017). Cho/f(a:) dx:QVa/g(x) dzr = —1.
41

[f () +2sinz] dx = 5.

Il
S — o

2

Tinh T = / &+ 2f (z) — 3¢ ()] dx.

-1
@12127. B)I=-. @[:; @1:121.

Cau 17 (THPT Ham Rdng Thanh Héa 2019).
5 —2

N | Ot

5
Cho hai tich phan /f(a:) dszvé/g(x) dz = 3. Tinh[z/[f(x)—4g(a:)—1] dx
5

—2 -2

(A)13. B)27. (C)-11. D)3.
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2

2 2
Céu 18 (54 Binh Phudc 2019). Cho / fla)de =2 va/g(x) de = —1, khi d6 / & + 2f(z) + 3¢()] da
21 21

-1

11

bang
5 7 17
@53 B3 Ex
2 2
Céu 19 (S Phii Tho 2019). Cho /f(x) dz = 3, /g(m) dz = —1 thi /[f@;) _5¢(z) + 2] do
bang ’ ’
(A)12. B)0. (©)s.

Cau 20 (Chuyén Lé Hong Phong Nam Pinh 2019).
5 5

Cho / f(z) do = —2. Tich phan / [4f () — 32?] da bing
0

0
(A)—140. —130. (©)-120.
Cau 21 (Chuyén Lé Hong Phong Nam Binh -2019).
2 2

Cho / [4f () — 2z] dz = 1. Khi d6 /f (z) dz bang:

@11. B)-3. (©)3.

1

(D)-133.

1
Cadu 22. Cho /f () dz =1 tich phan / (2f (z) — 32%) da bang
0

0

(A)1. B)0. (©)3.
Cdu 23 (THPT Yén Phong 1 Bdc Ninh 2019).
0

Tinh tich phan I = / (22 +1) da.

-1

(A)I =0. B)I=1. ©r1=2

1
Cau 24. Tich phan / (32 +1) (z + 3) dz bing
0

(A)12. B)9. (©)5.
Céu 25 (KTNL GV Thpt Ly Thdi T6 -2019).
2
Gia tri cua /sinx dz bang
0

(A)o. B)1. (©)-1.
Céu 26 (KTNL GV Bdc Giang 2019).
2

Tinh tich phan I = /(Zx +1)dz
0

(A)I =5. B)I=6. ©1=2

7

D)I = 4.
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b
Cadu 27. Véi a,b 1a cac tham sb thuc. Gia tri tich phan / (31’2 —2ax — 1) dz bang

0
(A)b® — b2a —b. B0 + b?a +b. (©)b® — ba® —b. (D)302 — 2ab — 1.

Cau 28 (THPT An Lao Hdi Phong 2019).

4
. 2 ,
Gidsu I = /Sin3xdx = a—l—b\g_ (a,b € Q). Khi dé gia tri cia a — b 1a
0
1 1 3 1
@1 ©-! o oH

Cadu 29 (Chuyén Nguyén Tt Thanh Yén Bdi 2019).
2

2
Cho ham s6 f () lién tuc trén R va / (f (z) + 32%) dz = 10. Tinh /f (x) dz.
0 0

(A)2. B) 2. (©)18. (D)-18.

Cau 30 (Chuyén Nguyén Trai Hdi Duong 2019).

Cho / (3x2 — 2z + 1) dz = 6. Gi4 tri clia tham s6 m thuoc khodng nao sau day?
0

@)(-1;2). B) (—o0;0). ©)(0:4). D)(-3;1).
; dx
Céu 31 (M 104 2018). 1/2“3 bing
1 7 1.7 7
’ dz
Céu 32 (MG 103 2018). 1/393 ~ bing
(A)21n2. ;1112. @§1n2. (D)In2.
td
Céu 33 (P& Tham Khdo 2018). Tich phan / Y ping
/ z+3
2 16 5 5
1
Cdu 34 (Ma 105 2017). Cho /( L1 ) dz = aln2 + bIn3 véi a,b 1A cdc s6 nguyen.
r+1 x+4+2

Ménh dé nao dudi day ding?
(A)a+2b=0. Ba+b=2. (C©a—2b=0. D)a+b=—2.

Cdu 35 (THPT An Lao Hai Phong 2019).

e

Tinh tich phan 1 = [ (1 - 12) dz
i T
@I:i. I:i+1. ©1=1. D)I =e.

Cdu 36 (THPT Hung Vuong Binh Phudc 2019).
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3
, , N dx
Tinh tich phan [ = O/ L
21 5) 4581
Céu 37 (THPT Poan Thuong-Hdi Duong-2019).
2
dx N
1 Ty bang
(A)2n?2. ;an. (©m2. @élnz
Céu 38. Tinh tich phan I = / =1,
xX
(A)I=1—-In2. 1_1 ©I=1+n2 (D)1 =2In2.
33: 2
Cdau 39. Biét/ " de=a+blne, v6ia,b,c€Z,c<9 Tinhténg S=a+b+c¢
1
(A)S=1. B)S =5. ©)5 =s. (D)S = 6.
Cau 40 (Ma 110 2017). Cho F (z) 1a mot nguyén ham ctia ham s6 f (z) = lni Tinh: [ =
x
F(e) - F(1)?
@I:; ®r1=". ©1=1. D) =e.
e
1
Céu 41 (M& 1022018). [ ¢**!da bing
0
@;(644—6). 63—6. @;(64—6). @64—6.
2
Céu 42 (MG 101 2018). [ ¢~ du bing
1
@;(654-62). ;(e‘:’—eQ). @;65—62. @e5—e2.
6 2
Céu 43 (M 123 2017). Cho /f(:c) dz = 12. Tinh [ = /f(3:z:) dx
0 0
A1 =5 B)I = 36. ©)1 =4 D) =6.

Cau 44 (Chuyén Lé Hong Phong Nam Pinh 2019).
1

1
Tich phan I = /
z+1

0
(A)In2—1. B)—In2. (©m2. (D)1 —In2.

Cdu 45 (THPT Hoang Hoa Thadm Hung Yén -2019).

dz c6 gid tri bang

dz.

Tinh K = /
2 —1

(A)K =In2. Kzélni. (OK =2m2. DK = lnf
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Bi Dang 2.7. Tich phan co ban cé diéu kién

(¢ Vi du 1 (Kinh Mén-Hai Duong 2019). Cho F(z) 14 mot nguyén ham cta f(z) =
2 . .
P Biet F'(—1) = 0. Tinh F(2) ket qua la.

x+
(A)In8+1. B)4In2+1. (©)2mn3+2. (D)21n 4.

(¢ Vi du 2 (M3 103-2019). Cho ham s6 f (z). Biét f(0) =4 va f'(z) = 2sin’x +1,Vx €

4
R, khi d6 /f (z) dz bang

0
w2 4+ 16m — 4 w2 —4 w2 + 157 w2 + 16m — 16
@ 16 ’ 16 @ 16 @ 16 ’

@ Vi du 3 (M3 104-2019). Cho ham sb f (z). Biét f(0) = 4 va f'(z) = 2sin’z + 3,

4
Ve € R, khi d6 / f (z) dz bing
0

w2 —2 w2+ 81 —8 w2+ 81 —2 3m2 4+ 27 —3
@5 O—F— ©O—%— O—5—
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(¢ Vi du 4 (M3 102-2019). Cho ham sb f(x).Biét f(0) = 4 va f'(z) = 2cos? 1+3,Vz € R,

4
khi d6 / f(2) dz bing?

0
2+ 871+ 8 w2+ 87 +2 T2+ 6w +8 w2 42
O—F— ®—F— O©O—F— O

@ Vi du 5 (D& Tham Khao 2021). Cho ham sb (=) =

22 — 1khi z > 2 2 \
/f(2 sinz + 1) cos x dx bang
22 — 22 + 3khi & < 2. Tich phan }

23 23 17 17
£) ®2 1
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R < B 20— 1 khizxz>1
@ Vi du 6 (M 102- 2021 L3n 1). Cho ham sb f(z) — . Gid st F
3x2—2 khiz<1

14 nguyén ham ctia f trén R théa man F(0) = 2. Gi4 tri ciia F(—1) + 2F(2) bang

(A)9. B)15. ©)11. (D)s6.

. . . 2z khiz <0
(£ Vidu 7. Cho s6 thuc a va ham s6 f(z) = . Tinh tich phan
a(r—2?) khix>0
1
/f(x) dz bang
5

@%—1. 23a+1. ©%+1. @2;—1.

(¢ Vidu 8 (THPT Lé Thanh Téng - HCM-2022). Cho ham sb
2z 4+ 3,khi z < 2 ,

f(z) = . Gi& st F(z) la nguyén ham cia f(z) trén R va thdéa man
473 — 1,khi x > 2

F(0) = 3. Gi4 tri F(3) — 5F(—5) bang

@12. (B)16. ©1s. )
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@ Vidu 9 (THPT Luong Tai 2- Béc Ninh - 2022). Cho ham sb

20 +a khi x>1 4
fla) = thod man /f(x) dz =13. Tinh T = a + b — ab?
322 +b khi x<1 4

AT = —11. BT = -5 ©T =1 DT = -1.

1
(¢ Vi du 10. Biét rang ham sb f (z) = mx + n théa man /f (x) dz = 3, /f () dz = 8.
0

Khéng dinh nao dudi day 1a dung?

@m+n:4. m+n:—4. ©m+n:2. @m—l—n:—2.
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(¢ Vi du 11 (Chuyén Lé Quy D6n Dién Bién 2019). C6 hai gi4 tri ctia s6 thuc a 1a ay,

as (0 < a; < ay) théa man / (2z — 3) dz = 0. Hay tinh T' = 3" + 32 + log, <a2)
3]
1

(AT = 26. BT =12. ©T =13 D)T = 28.

B BAITAP TU LUYEN 2

~ -~ X 2 2x + 2khi z Z 1
Cau 1 (Ma 104-2021 Lan 1). Cho ham so f(z) = . Gid st F' la nguyén
322 +1khiz < 1

ham ctia f trén R théa man F(0) = 2. Gi4 tri ctia F(—1) + 2F(2) bang
(A)18. (B)20. (©)9. (D)24.

R , 204+ 7  khix > 2 o ) .
Cau 2. Cho ham so f(z) = . Gid st F' la nguyén ham ctia f trén R thoa
322 —1 khixz <2

man F(0) = 4. Gi4 tri ctia F/(—2) + 3F(4) bang
(A)106. B)110. (©)12. (D)36.

Cau 3. Cho F(z) 1A mot nguyén ham ctia ham s6 f(z) = |1 + 2| — |1 — 2| trén tdp R va thda
man F(1) = 3. Tinh tong F(0) + F(2) + F(-3).

@s. B)12. (©)14. D)10.

~ . sinz khi z > u
Cau 4. Cho ham s6 f(x) = 7‘% . Gid st F la nguyén ham ctia f trén R thoa
cosz khizx 1

<
mén F (%) — 2 Gid tri ciia F(0) — 2F (g) bing

V2 V2 3
—. —1. 1——. —.
®Y ® @1 D
Cdu 5 (Chuyén Tuyén Quang - 2021).
. 2 =5y 4 3khiz>7 . 1148
Cho ham s6 f(z) = . Tich phén /f(2ex + 3) e” dz bangA. —— .B.
22 + 3khi z < 7 ; 3
220 115 287

—.C. —.D. —.
3 3 3
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Cau 6 (Chuyén Nguyén Trai Hai Duong 2019).

Cho / (3m2 — 2z + 1) dz = 6. Gi4 tri cia tham s6 m thudc khodng nao sau day?
0

(A)(~1;2). (B) (—o0;0). (©)(0;4). (D)(-3;1).
Céu 7 (Thi thir Lomén6x6p-Ha Nbi 2019).
1

Cho I = / (4:v — 2m2) dz. C6 bao nhiéu gia tri nguyén ctia m dé I +6 > 0?

(A1 0 B)5. (©)2. (D)3.

Céu 8 (S& GD Kon Tum-2019). C6 bao nhiéu gid tri nguyén duong cia a dé /(Qx —3)dr <
0
(A)5. B)6. (©)4. (D)3.

Céu 9 (THPT Luong Thé Vinh-HN 2018).

47

b
.Cé bao nhiéu sb thuc b thudc khodng (7; 37) sao cho /4005 2 dx =17

(A)8. B)2. @Z. (D)6.

Céiu 10 (C&n Tho-2018). Cho ham sb f (z) xéc dinh trén R\ {—2: 2} théa man f' (z) — xf_ -
f(=3)4+f(3) = f(=1)+ f(1) = 2. Gi4 tri biéu thtic f(—4) + f(0) + f (4) bang
(A)4. B)1. (©)2. D)3.
Cau 11 (Chuyén Luvong Thé Vinh-Déng Nai-2018).
4 x
Biét/ i—l— Vodte dz =a+ e’ — e véi a, b, ¢ 1a céc s6 nguyén. Tinh T =a+b+c
)\ A Ve
(AT = -3. BT = 3. ©T = —4. DT = 5.
Cdu 12 (56 Bac Liéu-2018). Cho ham s6 f (x) xdc dinh trén R\ {0} thoa man f (z) = x; 1,
f(=2)= Z) va f(2) =2In2 — 2 Gi4 tri ctia biéu thiic f(—1) + f (4) bang

6In2 -3 6In2+3 8In2+ 3 8In2 -3
T e O B

Cau 13 (Chuyén Lvong Van Chanh-Phu Yén-2020).

T
4

Cho ham s6 f(z) ¢6 f(0) =4 va f'(z) = 2cos’ x + 1,Vx € R Khi d6 /f(m) d bang.
0

w2 4+ 167 + 16 w44 w2+ 147w 2+ 16w+ 4
@ 16 ’ 16 @ 16 @ 16 ’

Cdu 14 (S Ha Tinh-2020). Cho ham s6 f (z) ¢6 f (0) = 0 va f' (x) = sin* z, Vo € R. Tich phan

/f (z) dz bang
0

™2 —6 w2 —3 3r2 — 16 32 —6
@18' 32' ©64' ®112'
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Bi Dang 2.8. Tich phan ham sé hiru ty

b

P
Tinh [ = / 0 Exi dz? v6i P (x) va @ (x) la cdc da thitc khong chita can.
73

a

e Néu bac clia tit P (z) > bac miu Q (z) 25 chia da thic.

e Néu bac clia tit P (x) < bac mau Q () ma mau sé phan tich duge thanh tich s6 ELiN

dong nhat thic dé dua thanh tong ciia cdc phan sb.

e Mot s6 truong hop dong nhat thitc thudng gap:

B 1 B 1 ( a b >(1)
(ax +m) (bx +n) an—bm \ax+m br-+n

max +n A B (A+B)z— (Ab+ Ba) A+B=m
(t—a)(x—b) z—a xz-b (z—a)(z—0) Ab+ Ba = —n
1 A B
_ _ i THC S A= —dac<0.
(x—m)(ax?+br+c¢) z—m (az?+bx+c)
1 A B C D
_ — + + +

e Néu bac tit P (z) < bac mau Q (z) ma mau khéng phan tich duge thanh tich sb, ta

xét mot s6 trudng hop thudng gap sau:

d PP
— [1:/M,(ne]\f*) — x = a.tant.

Iz/M’(Ad)/a[(“bﬁ(ﬂ]'
2a 4a

b /[ A
Ta sé dat = x + — =/ —— tant.
2a 4a

= [Pl aveia =1 dac<0.
azr? +br +c

2 b) d b. d
Ta sé phan tich: I3 = A (a:r—i—)_'_(q_p)./ va giai A

2a ) ar?+bxr+c 2a ar? 4 br +c

A Iz

bang cach dit ¢t = mau sd
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2
p dz
@ Vidul (THPT Quynh L Nghé An 201 .B“/ — aln?
idul ( Quynh Luu 3 Nghé An 2019) 1e1:1 CESNCEEEY aln2 +

bln3 + cln 5. Khi dé gid tri a + b + ¢ bang

Aa)-3. B)2. ©)1. (D)o.

05 9
» ~ 2. by oA _1 2
@ Vidu 2 (THPT An Lio Hai Phong 2019). Biét [ = /de = aln +
I‘_

b, (a,b € R). Khi dé gid tri ctia a + 4b bang

(A)50. (B)60. (©)59. (D)40.

T

22 — .
dr = — +nln2, v6i m,n la cac so nguyén. Tinh m + n.
x+1 m

As=1. O B)S = 4. ©)s = -5. D)S = 1.

1
@ Vi du 3. Biét/
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@ Vi du 4 (Chuyén L& Quy Dbn Quang Tri 2019). Tich phan I =

O\H
—~
—
o
oL
8
Il
IS
|

Inb trong d6 a, b 1a céc sd nguyén. Tinh gid tri ctia biéu thitc a + b.

@1 B)0. ~1. (D)3.

1
(¢’ Vi du 5 (Chuyén Tran Pha Hai Phong 2019). Biét /Wi_dx = a+lng Vil a,

b 1 cic s6 nguyén. Tinh S = a — 2b.

A)s =2. B)S = —2. ©s=5s. (D)S = 10.

2
(¢ Vidu 6 (THPT Gang Thép Thai Nguyén 2019). Cho /(x2 +
1

dr = —
x+1>x +

ln—vola be Q. Tinh P=a+b?

@P_1 B)P =5. ©P=1. D)P =
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B BAiTAP TU LUYEN 3

3
Cau 1 (Chuyén Son La 2019). Cho /Qm—'—gdx =aln2+bln3+clnb, véi a, b, ¢ 1a cac
¢+ 3z + 2

s6 nguyén. Gié tri cia a + b+ ¢ bang
(A)0. B)2. (©)s3. D)1.

1
Céu 2 (S& Phi Tho 2019). Cho/lmdx:aln?ﬂ—bln%i—cln& véi a, b, ¢ 1a cac s6 hitu

ti. Gia tri ctia 2273+ bang

(A)12. B)6. ©1. (D)64.

1 b .
Cdu 3. Biét /WL dr =a+ ln§ véi a, b la cac so nguyén. Tinh S = a — 2b.
(A)S =2. B)S = -2 ©)S =5 D)S = 10.
o PR 1 §
Cdu 4. Biet réngo/x2 e dx = ﬂf (a,b € Z,a < 10). Khi d6 a + b c6 gia tri bang

(A)14. B)15. (©)13. D)12.
Céu 5 (Pé Thi Cong Béing KHTN 2019).

5) 2 <
Bi t/i214z13 r=a+bln3+clnb, (a,b,c € Q). Gid tri clia abc bang

@—8. (B) -10. (©)-12. (D)16.

Cdu 6 (THPT Nguyén TrGi-Da Nang-2018).
0

N 322 +5r—1

Gia st rang/ — 5

(A)30. B) 60. (©)50. (D)40.

Céu 7 (Chuyén Lé Héng Phong Nam Dinh -2019).
Tx+3 . .
Biét /I +o* + +x3—i— dr = % + ¢lnb véi a, b, ¢ la cac s0 nguyén duong va % la phéan so toi
—x

gian. Tlnh P=a—-1*—-¢c.
(A)-5. B) 4. (©)s. (D)o.

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590
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1
X 422 1 152 + 11 , K,
Cau 8. Cho [ X T 10t L 44 bIn2 + cln3 v6i a, b, ¢ o cée sb hitu tf. Bidu thtc
207 + 57 + 2

0
T = a.c— b bang

@4 ®B). ©5 D).

L o

” 2 < -2 —1 P

Cadu 9 (SGD Bén Tre 2019). Biet /ZE dr = — +nln2, v6i m, n 1la cadc s6 nguyén. Tinh
x m
0

S =m-+n.

(A)S = —1. B)S = —5. ©)s=1. (D)S = 4.

1
1

Céu 10 (THPT C8m Binh 2019). Cho /

———————dz=aln2+bln3, véi a,b 1a cic s6 hitu ty.
/ x2+3x+2

Khi d6 a + b bang
A)o. B)2. O (D)—1.

1

n 2 s 2% + 3 .

Cadau 11 (So Ha Nam-2019). Cho /mdx =a+bln2+ ¢ln3 véi a, b, ¢ 1a céc so
/ 2+ 3x+2

nguyén. Tong a + b + ¢ bang

A)3. B)2. O (D)—1.
Cau 12 (Chu Van An-Ha N&i-2019).

-1
2 +4x+3

@13. B 10. (C)25. D)5.

Cdu 13 (Chuyén-KHTN-Ha N6i-2019).

Cho biét / dz = aln5 + bIn3, véi a,b € Q. Tinh T = a® + b bing

Sr+2 \
Biét / ig i 4i 1 347 = a + bln3 + clnb, (a,b,c € Q). Gia tri ctia abc bang

@—8. (B) -10. (©)-12. (D)16.
Cdau 14 (Chuyén Lé Héng Phong Nam Dinh 2019).

+7x+3 . PR
Biét / v’ + i +x3 dr = % +clInb véi a, b, c la cac s6 nguyén duong va % la phan so toi gian.
—x

Tmh gid tri cia P = a — b* — ¢3.

(A)-5. B)-3. (©)6. (D)—4.

3
Cau 15 (Binh Phudc-2019). Cho / 1dx 5 = aln2 +bln3 + clnb5 véi a, b, ¢ 1a cic s6
/G D@+

hitu ti. Gia tri ctia a + b? — ¢® bang

A3 B)6. (©)5. (D)4.

Cau 16 (SGD ba Néng 2019). Cho/sz_:_;)d:v—aIHQ—i—bln?mLcln? v6i a,b,c € Z. Gié tri
x

ctia 2a + 3b + 7c¢ bang
E) B)6. ©15. D)3.
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2

Cdu 17 (SGD Dién Bién-2019). Cho / S
S (z+1)

dr=a+0b.1In2+c.1In3, véi a, b, c 1a cac sd hitu
ty. Gia tri 6a + b+ ¢ bang:
(Aa)-2. B)1. (©)2. (D)-1.

3
” X . < 12
Cau 18 (SP bong Nai-2019). Biét/mda: =agln2+bln5+cln6. Tinh S = 3a+2b+
) 22+ 5x+6

) (A)-11. B)-14. (©) 2. D)3 .
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B Dang 2.9. Tich phan ddi bién

1
(¢ Vi du 1. Cho ham s f(x) c¢6 dao ham lién tuc trén R. Biét f(4) = 1 va /xf(4x) dz =1,
\ 0
khi d6 /fo'(a:) dz bang
301
= ~16. (C)s. (D)14.

1
(' Vi du 2. Cho ham sb f(x) c¢6 dao ham lién tuc trén R. Biét f(5) = 1 va /xf(5ac) dz =1,
0

1
khi d6 /:C2f/(l‘) dz bang

A)15. B)23. 1?)3 (D)-25.

1
(' Vi du 3. Cho ham s6 f(x) c¢6 dao ham lién tuc trén R. Biét f(6) = 1 va /xf(ﬁq;) dz =1,
0

khi @6 [ 2?f'(z) dz bang

O\m
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6 2
@ Vi du 4. Cho /f(x) dz = 12. Tinh I = /f(Sx) dz.
0

0

A)I=6. B)1 = 36. ©1=2 D)I = 4.

(# Vi du 5 (D& Tham Khao -2019). Cho | _wdr
) (z+2)

=a+bln2+cln3 vdi a,b, c 1a cac

s6 hitu ty. Gid tri ctia 3a + b+ ¢ bang

Aa)2. B)1. ©-2. 1.

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590
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x
2 —1
)

(AK =In2. K:;mi. (OK =2m2. @K:lni.

3
@ Vidu 6. Tinh K — / dz bing

= 7
(¢ Vi du 7 (Chuyén Long An-2018). Cho tich phan I = /(1j2)5 dx, gid st dat t =
73
0

1+ 22. Tim ménh dé ding.

2 3 3 3
1 f(t-1) _ (=1
®1=5 [t ®1-= [t
1 1
S
2

(¢ Vi du 8 (KTNL Gia Binh Nam 2019). C¢6 bao nhiéu s6 thuc adé/

a+x
0

Aa)2. B)1. ©o. (D)3.
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(¢ Vi du 9 (Nguyén Hué-Phi Yén-2020). Cho ham s6 f(x) c6 f(1) = 0 va f'(z) =
1

2019.2020.z (z — 1) ¥z € R. Khi d6 / £ (z) dz bing
0

2 6L 2 !
2021° 1011° 2021° 1011

(¢’ Vi du 10 (Pé Tham Khao 2019). Cho /(i—2)2 =a+bln2+ cln3 véi a,b, c 1a cac
x

0

s6 hitu ty. Gid tri clia 3a + b+ ¢ bang

—2, B)-1. (©)2. D)1.

(Z Vi du 11 (Chuyén Vinh Phic 2019). Cho / 203z —2)%dz = ABz-2° +
B3z —2)"+C v6i A, B,C € R. Tinh gi4 tri ciia biéu thic 124 + 7B.

23 241 52 7
= ® 5 5 Dy
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2202+ 3z +3

2T or 1 dz =a—1Inb véi a,b la cic s6

1
@ Vi du 12 (Chuyén Ha Tinh-2018). Biét /
0

nguyén duong. Tinh P = a? + b2

A)13. B)5. (©)4. (D)10.

BAI TAP TY LUYEN 4
Cau 1 (Chuyén Lé Hong Phong Nam Binh -2019).
2
Cho /esx_l dz = m (ef — e?) v6im, p, ¢ € Q va la cdc phan sb toi gidn. Gia tri m+p+q bang

@110. B)6. 232 (D)s.

1
- L s a s
Cdu 2. Biét rang /xem2+2 dr = B (eb —€°) voi a,b,c € Z. Gid tri clia a + b + ¢ bang
0

@4 ®7. ©s. ®s.
~ - 4wl 3 / :U—i_l 4, N , £ ~
Cau 3 (KTNL GV Ly Thai T6 2019). Biet /27 dz = In (ae + b) v6i a,b la cdc sO nguyén
) @ +zrlnx

duong. Tinh gia tri ciia biéu thic T = a? — ab + b
A)3. B)1. (©)o. (D)s.

Cau 4 (Chuyén Lé Hong Phong Nam Binh 2019).
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2
) 1 p ) .
Biet / (x + 1)2 e¢*"z dx = med —n, trong d6 m, n, p, ¢ 1a cdc s6 nguyén duong va Pa phan so toi
q
1
gian. Tmh T'=m+n+p+q.
(AT = 11. B)T = 10. ©r=r1 DT = 8.

332
2t dt
1+ t2
2z

(A)0. B)1. (©)2. (D)3.

Céu 6 (Chuyén Béc Giang 2019). Cho ham s6 y = f (x) c6 dao ham trén R dong thdi thoa

Cdau 5. S6 diém cuec tri ctia ham s6 f (7) = 1

1
man f (0) = f (1) = 5. Tinh tich phén I = /f' (z)e’@ dz.
0

(A)I = 10. B)I = 5. ©1=o. D)I = 5.

Céu 7 (Pé Minh Hoa 2020 Lan 1). Cho ham sb f (z) ¢6 f(3) =3 va f' (z) =

r+1—vVr+1’
8

Vo > 0. Khi d6 / £ (z) dz bing
3

197 29 181
A)7. B) - 5 o

21

. - d )
Cdu 8 (Ma 102 2018). Cho /7x =aln3+blnb+cIn7, véi a,b, cla cac so httu ti. Ménh
/ xvx +4

dé nao sau day ding?

@a—b:—2c. a—i—b:—Zc. ©a+b:c. @a—b:—c.
55
dx
zv/r +9

Cau 9 (Ma 101 2018). Cho/ =aln2+bln5+clnll, véia,b, c 1a cdc sd hitu ti. Ménh

16
dé nao duéi day dung?
@a+b:3c. a—b:—3c. @a—b:—c. @a+b:c.
2
Cau 10 (Dé Tham Khdo 2017). Tinh tich phan I = /2;15\/ 22 — 1dz bang cach dit v = 22 —1,
1
ménh dé nao dudi day ding?

@I:Z\/ﬂdu. ]: ;jﬂdu @Iz?jﬁdu. @I:jﬂdu.

Cau 11 (Nguyén TrGi-Thdi Binh-2020).
5
1
Gi4 sit tich phan [ — fwm dz = a+bIn3 + clnb. Lic d6
@a +b+c=

) a+b—|—c:%. a+b+c:z. a—l—b—l—c:§.
3 3 3

Cdu 12 (Lién truong Nghé An-2020).

W] ot

V2zr —3 2 b

(a,b € Z,b> o,% 14 phan s6 t6i gian). Khi d6 a + b bing

7
Cho ham s f () ¢6 f(2) = 0 va f' (2) = ——"_ va e (3;+oo). Biét ring /f <§> dr =2
4
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(A)250. (B)251. (C)133. (D)221.

In6

/1+\/;7

Cau 13 (Nam Dinh-2018). Biét tich phan dr =a+bln2+cln3, véi a, b, c la

céc s6 nguyén. Tinh T = a + b + c.

(AT = 1. B)T =0. ©71 =2 DT = 1.

Cdu 14 (Chuyén Vinh-2018). Tich phan /\/Bdacﬁ bang
X
0
4 3 1 2
@ o o D2
2
dz » N
Céu 15 (D& Tham Khdo 2018). Biét 1/ PRI Sy Va— Vb — ¢ véi a,b, ¢ 1a cée

s6 nguyén duong. Tinh P =a + b+ c
(AP =18 (B) P = 46. ©Pr =24 D)P =12.
Cau 16 (Chuyén Tran Phi Hai Phong 2019).

Inz
Blet/ dz = a+ bV2 véi a, b 14 cde s6 hitu t§. Tinh S = a + b.
zv1+Inzx Y

@521. 5:; ©S:Z' @Szg.

Cau 17 (Gang Thép Thai Nguyén 2019).
2v2

Cho tich phan I = / V16 — 22dz va o = 4sint. Ménh dé nao sau day ding?
0

(A1

8

4
(1 + cos 2t) dt. B)I = 16/sin2 L.
0

©1

8

O\Mzio\.»m

I
(1 — cos2t) dt. @] = —16/cos2tdt.
0

T

®; ®; ©; ®;

1
N 1 b . b |
Cau 19. Cho / \/ Y dr=-In ( + \/E), véi a, b, ¢, d 1a cac so nguyén duong va — toi gidn.
/ 341 a c c

dz =a+bln3+4cln5 (a,b,c € Q). Gia tri ciia a + b+ ¢ bang

2
Gi4 tri ctia a + b+ ¢ + d bang
(A)12. B)10. (C)1s. (D)15.

Céu 20 (Lé Quy Pén-Qudng Tri-2018).

. 4 3 mo,.m .. A A L Ae o ,
Cho biet / ————dx = — v6i — la mét phéan so toi gian. Tinh m — 7n

J V1 4+ 22 n n
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@o. B)1. (©)2. D)91.

Cau 21 (Chuyen Pai Hoc Vinh 2019).

Biét rang /3$+5m+7 =aln2 +bIn3 + clnb, véi a,b, c 1a cac s6 hitu ti. Gia tri cta
a+b+cbang
10 5 10 5
3 B3 3 Ok
T Inx c
Cau 22. Biét /7019; — 4+ bV2 v6i a,b 1a cée s6 hitu t3. Tinh S = a + b.
J rv1+1Inx Y

(A)S =1. ®s="_. ©s=". D)s-= 2.
2 4 3
Cau 23 (THPT Ngb Si Lién B&c Giang 2019).
3

a4 +bIn2+cln3 véi a, b, ¢ 1a cac s6 nguyén. Gid tri a + b+ ¢ bang:

T
R e N G
(A)9. B)2. ©1. D)7.

Cau 24 (THPT Ba Dinh 2019). Cho[—/4+2\/T %+bln2+clnd, Vi a, b, ¢, d 14 cic
x

s6 nguyén va g 1 phan s6 t6i gidn. Gia tri ctia a + b+ ¢ + d bang

(A)16. B)4. (©)28. (D)-2.

a

CQu 25. Tinh [ = fﬂ;i
(A = (a®+1) \/ F1-1. Jzé[(a2+1)\/a2+1—1}.
@I ;[(a +1)Va>+1+1]. @I— (@*+1)Va2+1+1.

Cadu 26 (THCS-THPT Nguyén Khuyén-2018).
1

x N
Gia tri cia tich phan / dx bang tich phan nao dud6i day?
-z
1 T
4

T T
4 2 - 2

@/281112 ydy. ./ sin’ ® de. @/ o ydy. @/28in2 ydy.
0 0 0

cos T cosy

Cdu 27 (Chuyén Thang Long-Pa Lat-2018).

b . . a .
dr=—-Ind—cIn2 véi a, b, c la cac s6 nguyén va phan so 7 la toi gian.

, x
Biét/
f\/xZ—i—l—l—x?—l a
3
Tinh P = 3a + 2b + c.

(A)11. B)12. (©)14. (D)13.

Céu 28 (Binh Giang-Ha&i Duong-2018).
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4
V25— a2 5v/6 + 12 )
Chotichphén/ixdx:a—i—b\/é—i—cln 5v6 + 12 +dIn2 véi a,b, ¢, d 14 céc sb hitu ti.
/ T 5v6 — 12

Tinh téng a + b + ¢ + d.
1 3 3 3
@_g. _%. ©_§. _270.
dx
Vi —z?

neu doi bien s6 x = 2sint,t €

1
Céu 29 (S& Hung Yén-2018). Cho tich phan I — /
0

(—%;%) thi ta dude.

il il il il
3 6 4 6 dat
®1= [ a. ®1- [ a. ©1- [ta ©1- [
0 0 0 0
Cau 30 (THPT Phu Luvong-Thai Nguyén-2018).
1 3
. b .
Biet O/x+dex = a\/1_5+c v6i a, b, ¢ 1a céc s6 nguyén va b > 0. Tinh P = a +1* —c.

Arpr=3 BP=T1. ©pr=-1 D)P =5
1
Cadu 31. Cho n la s6 nguyén duong khac 0, hay tinh tich phan I = / (1 — xQ)n 2 dx theo n.
0

1 1 1
@I:2n+2‘ ®BI=5 ©1=-5— @I:2n+1‘

1
-

Cau 32 (Chuyén Lé Quy Pon bién Bién 2019).

‘ 2 )
Gia st [ = aln -+ b v6i a,b 1a so nguyén. Khi do gia tri a — b la

64 dz
1/ Ji+Jr 3
(A)-17. B)5. (©) -5 D)17.

Céu 33 (Tién Du-Bdc Ninh-2020). Cho ham sb f (z) c6 f (V2) = — Vz €

2Véf’(x)—\/6x_7,
V3
(—v/6; V/6). Khi do /f(x).dx bing
0
3 3m+6 T+ 2 3m+6
a4 4 @ 4 ®_ 4

Cau 34 (Chuyén Tran Phi-Hai Phong-2018).
2

z = a+bV2+¢V35 véia, b, ¢ 1a cdc sb hitu t, tinh P = a+2b+c—7.

Biét/ v d
/ 3z + V922 -1
1 86 67

@_§. E. ©_2. 277.

Cau 35 (THPT Phan Chu Trinh-Ddc Léc-2018).
2
dz

B'ét/
' / svr+1+(z+1)yx

a+b+ec.

(AP =44. B) P = 42. (C) P = 46. (D) P = 48.

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue
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4
n ” . 2 2+ 1dx 5
Céu 36 SoPhuTho-2018.BAt/ — a4+ b2+ cln>(a,b,c e Z). Tinh
( C ). Bie J TSNy B a+ bln —|—cn3(a ceZ). Tin

T=2a+b+c.
(AT = 4. BT = 2. ©7T=1. DT = 3.
Cau 37 (Pé Tham Khdo 2020 Lén 2).
Cho ham s6 f(z) c¢6 f(0) =0 va f'(z) = cosx cos? 2x,V € R. Khi dé /f(a:) dz bang
0

1042 208 242 149
& ® & ©% O
m
~ 2 o . 2 cosx 4 . ., N
Cadu 38 (So Binh Phuoc-2020). Cho / — _ dx = aln —. Gi4 tri cia a + b bang
) sin r—5sinx + 6 b

(A)0. B)1. (©)4. D)3.

™

Cadu 39 (Dé Minh Hoa 2017). Tinh tich phan I = /cos3 z.sinz dx.

0
@I:—i. J:—iﬁ. ©1 == D)1 =0.

COS & 4 ,
—5 - dr = aln - + b, tinh tong S = a +
sin“x — bsinz + 6 c

Cau 40 (THPT Kinh M6n-2018). Cho

O\l\’)\ 3

b+c

(A)S =1. B)S = 4. ©)5 =3. (D)S = 0.

2
Cdu 41 (Binh Duong 2018). Cho tich phan I = /\/2 + cosz.sinzdr. Néu dit ¢t = 2+ cosz
0

thi két qua nao sau day dung?
T

@I:/Z\/%dt. J:/3\/Zdt. @1:2/2\/¥dt. @I:/Q\/z_fdt.
i

Céu 42 (Pdng Thap-2018). Tinh tich phan I — /

cost x
0

sin? x
dx bang cach dat v = tan x, ménh de

nao dudi day dang?
s

|

2 1 1

1:/12du. ©1=-[wd. — OI= [
0

u
0 0

@I = [ «?du.

0
Cau 43 (THTP Lé Quy Pon-Ha N6i-2018).
™

®

sin &

dzx.

Tinh tich phan [ — / .
COS° »
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5 3 T 9 9
@I:i. 1:5. @I:§+%. @I:Z

CAu 44 (THPT Ly Thdi T8-B&c Ninh-2018).
m

BT 4z = aln5+bIn2 véi a,b € Z Ménh dé ndo dusi day ding?

5
Cho tich pha /7
0 MCL phan cosx + 2
T

3

(A)2a+b=0. B)a—2b=0. (©)2a—b=0. (D)a + 2b = 0.
Cdu 45 (THPT Péng Son Thanh Hoa 2019).

. 2
Cé bao nhiéu so a € (0;207) sao cho /sin5 rsin2zdr = =
0

(A)10. B)9. (C)20. (D)19.

Ca&u 46 (HSG Béc Ninh 2019). Biét F(z) nguyén ham cia ham sé f(z) = mﬁim VA
SIn x

F(0) = 2. Tinh F (g)

@ (5) -2 ®r(5) -2

4\/5—8 T 42 +8
or(3)- or(5)- 240
3 2 3
G
- 3+0b ) )
Cdu 47. Biét / s = av's + , V6i a,b € Z,c € ZT va a, b, ¢ 1a cic sO nguyén to cung
max &

nhau. Gid tri ciia tong a + b+ ¢ bang
A)s. B)12. ©)7. D)-1.

sinx

dz = aln5 + bIn2 véi a,b € Z. Ménh dé nao dudi day
cosx + 2

2
CaAu 48. Cho tich phan sb /
%

diing?
(A)2a +b=0. B)a—2b=0. (©)2a—b=0. (D)a + 2b = 0.
Céu 49 (THPT Nghén-Ha Tinh-2018).
2 sin x

4 . .
Cho / 5 dr =aln -+, v6i a, b la cac so hitu ti, ¢ > 0. Tinh tong m.
(cosx)” —bHcosz + 6 c

@05:3. B)S =0. ©s=1. (D)S = 4.

Cau 50 (Thanh Chuong 1-Nghé An-2020).

1
Cho ham sb y = f(x) c6 f(0) = 1 va f/(z) = tan®z + tanz, Vo € R. Blet/f( )d = a+7r;a,b6
. 0
Q, khi d6 b — a bang
(A)4. B)12. (©)o. (D)—4.

Céu 51 (Tién Lang-Hai Phong-2020).
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Cho ham s6 y = f(z) c6 f(0) = 0 va f'(z) = sin®z — cos®z — 4sinz,Vx € R. Tinh [ =

/16f (x) dz
0
(A)I = 1072 B)1 = 160m. (©)I = 1672, (D)1 = —1072.

1
~ X 2 d 1 2
Cau 52 (P& Tham Khdio 2017). Cho / L 4 bhn ;6 Vi a, b 13 cde sb hitu 1. Tinh
0

e?+1
S =a® + b
(A)S = —2. B)S =0. ©s=1. D)S = 2.
. x i . r3lnz+ 1 P .
Cau 53 (Can Tho-2018). Cho tich phan I = /de Neu dat ¢ = Inzx thi

1

1
@1_/3tf1dt. .1_/3”10115 @I—/Bt—l—l ydt. ©1=[(@t+1)a

0

Cau 54 (Chuyen Lé Hong Phong Nam Pinh 2019).
1 2
Cho I = /L2 d=aln3+bn2+ <, véi a,b,c € Z. Khing dinh nio sau dau ding.
z(lnz+2) 3

1
@a2+b2+02:1. a2+b2+02:11. ©a2+62+02:9. @a2+b2+c2:3.
4
Cdu 55 (Viét Pic Ha N6i 2019). Biét I = /xln (m2+9) dr =alnb5+bln3+c trong dé a, b, ¢

0
13 céc sb thue. Gid tri cta bidu thitc T = a + b + ¢ 1a:

(AT = 11. BT =9. ©7T = 10. DT =s.

. Pl . ,
Cdu 56. Cho I = /%dw c6 ket qua dang [ =Ina + b v6i a > 0, b € R. Khang dinh
z(lnz +2)

nao sau day dang?
3 1 3 1
(A)2ab = —1. B)2ab = 1. ©-btg=— O-btlng =
Cau 57 (THPT Gia Léc Hai Duong 2019).
ro21 1
Cho /W dr =2 — € vai a, b, ¢ 1a cac s6 nguyén duong, biét —, € 1a cée phan sb toi

x(lnx+2)2 b d b d
gian. Tinh gid tria + b+ c+ d?

(A)18. B)15. (©)16. D)17.

1 3 o 3 o
- s e s apas 2 2 2 1 1
Céu 58 (Kim Lign-Ha N6i-2018). Biét [ == qr— — 4 1 <p + ej) voi
™
0

T+ e.2® m elnn

m, n, p 1a cc s6 nguyén duong. Tinh téng S = m + n + p.

(A)S = 6. B)S =5. ©s="1. (D)S = 8.

Cdu 59 (THPT-Yén Dinh Thanh Hoa 2019).
Bx - 1) Inz+ 322 -1

Cho / l+xzlnzx

TlnhP:a + b2 + 2.

dz =a.e® +b+c.In(e+ 1) véi a,b, c 1a cic s6 nguyén va Ine = 1.
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A)Pr=9. B)P = 14. (©) P =10. D)P = 3.

N . In2 d 1 .
Cau 60. Bict I = /0 m = (Ina —Inb+Inc) véi a, b, ¢ 1la cdc s6 nguyén duong.
Tinh P =2a —b+c.

@Arpr=-3 B)P=-1. (C©P =4 D)P =3

2
N ~ . 1 .
Cdu 61 (Chuyén Ha Long-2018). Bict /2904— dz =In(Ina + b) véi a, b la cac s6 nguyén
s xlnx

duong. Tinh P = a® + b + ab.
(Aa)10. B)s. (©)12. (D)6.

x —|—x)

Céu 62 (Chuyén Thdi Binh 2018). Cho / de = a.e+bln (e + ¢) véia, b, ¢ € Z. Tinh

P=a+2b—c
APr=1. BP=-1. ©r=o D)P = -

- A . . 1
Cau 63 (Chuyén KHTN-2020). Cho ham s6 y = f (z) biét f(0) = 5 va [’ () = ze” véi moi
1
z € R. Khi dé /xf (z) dz bang
0
e+1 e—1 e—1 e+1
Céu 64 (Chuyén Nguyén Binh Khiém-Qudng Nam-2020).
21 1 b ) b L
Biét rang /nx—i_2dx =aln2 — - v6i a, b, c 1a cac so nguyén duong va — la phan so toi
Inx+1) c c
gian. Tinh S—a+b+c.

A)s =3. B)S =1. (©)5 = 10. (D)S = 5.

Bi Dang 2.10. Tich phan titng phan

2 2
@ Vi du 1 (D& Tham Khéo 2020 Lan 2). Xét / ze® dz, néu dit u = 22 thi / ze® dz
0

bang

2 2 4
@Q/e“du. 2/e"du. @;/ “du. @;/e“du.
0 0
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@ Vi du 2 (D& Minh Hoa 2017). Tinh tich phan [ =

@1:624_1. I:;. @1262_2. @1:62:1.

zlnxdz:

w»—‘\@

(¢’ Vi du 3 (Ma 103 2018). Cho /(1 +zInz) dz = ae® + be + ¢ Vi a, b, c 1a cac s6 hitu

1
ty. Ménh dé nao du6i day dung?

@a—i—b:c. a+b:—c. @a—b:c. @a—b:—c.

(£ Vi du 4 (M3 104 2018). Cho /(2 +zlnz) dv = ae® + be + ¢ v6i a,b, ¢ 1a cdc s6 hitu

1
ti. Ménh de nao sau day dung?

@a+b:c. a—b:c. @a—b:—c. @a+b:—c.
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1

(¢ Vi du 5 (THPT Nguyén Viét Xuan-2020). Biét /xln (z°+1) dz = aln2 — b (véi
c

0

b .y
a,b,c € N* va — la phén so0 toi gidn). Tinh P = 13a + 10b + 84c.

C
(A)193. B)191. (C)190. (D)189.

@ Vi du 6 (Nguyén Trdi-Thai Binh-2020). Cho a 1a s6 thuc duong. Tinh I =

/sin2016 . cos (20187) dz bang:

0
@[ B cos?°17 q.sin 2017a ] B sin?917 . cos 2017a

2016 1
@[ B sin?%17 ¢. cos 2017a @[ B cos?'7 q. cos 2017a
N 2016 ‘ N 2017 ‘
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D BAITAP TU LUYEN 5

Céu 1 (36 Hau Giang 2022). Biét [ (aa® + bu +5) ¢ de = (32° — 82 + 13) € + C, voi a,b Ia
céc s6 nguyén. Tim S = a + b.

(A)S = 1. B)S = 4. (©)5 =5s. (D)S = 9.

Cau 2 (86 Quéng Nam - 2018). Biét /xcos 2¢ dr = axsin 2z + bcos 2z 4+ C véi a, b 1a cac s6
httu ti. Tinh tich ab?

1 1 1 1
@ab:§ ab:Z @ab:—g @ab:—z

X R . . 1
Cau 3 (Chuyén Ph Vinh - 2018). Gi sit F(z) 1a mot nguyén ham cia f(z) = Lj?’) 520
xXr
cho F(—2) + F(1) = 0. Gi4 tri ctia F(—1) + F(2) bang
1 2
@£1n2—21n5 B)o0. @;1112. @31n2+2ln5.

Cau 4 (Chuyén bai Hoc Vinh 2019).
Cho ham s6 f(z) théa man f(x) + f'(z) = e, Vo € R va f(0) = 2. Tat cd cic nguyén ham ciia
f(x)e*® 1a
@(:v—2)e’”—|—ex+0. (x+2)e2’”+e‘”+0.
(©)(z—1)e" +C. @(x—l—l)ex—l—C.
Cdu 5 (Chuyén Luong Van Ty-Ninh Binh-2020).

Cho ham s6 f () c6 f (0) = —1va f' (x) = 2 (6 + 122 + e7*) ,Vz € R. Khi dé /f (z) dz bang
0
(A)3e. B)3e". (©)4 -3¢ (D)-3e".
4

Cadu 6 (Chuyén Bdc Ninh-2020). Biét [ = /:vln a: + 9 dz =alnb+bIn3+c trong do a, b,
c 1a cac sd thuc. Tinh gié tri ctia biéu thitc T =a +b+c.
AT =9. BT = 11. ©T =35 (D)T = 10.
Cau 7 (Chuyén Hung Vuong-Phu Tho-2020).
1

Xét ham s6 f(x) = e® + /xf(m) dz. Gid tri ciia f(In(5620)) bang

0
(A)5622. (B) 5620. (C)5618. (D)5621.

1
Cadu 8. Tich phan /(x —2)e**dz bang
0

—5— 3¢ 5 — 3¢2 5 — 3¢2 5+ 3¢2
®—F — ©>—. D
1

Cdu 9 (THPT Cam Giang 2 2019). Biét rang tich phan /(2:15 +1)e"dr = a+b-e, tich a.b
0

bang
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(A)-15. B)-1. @) (D)20.

Cadu 10 (THPT Hung Vuong Binh Phudc 2019).

2
1 b ) ) . b
Cho tich phén I = / —Tdz == +aln2 véi alasb thuc, b va ¢ 1 céc s6 duong, déng thdi - 1
xXr C &

1
phan s t6i gian. Tinh gid tri ctia biéu thitc P = 2a + 3b + c.
(AP =6. B)P =5. (© P =—6. D)P =4

Cau 11 (THPT Lé Xoay Vinh Phuc 2019).

4
Cho tich phan I = / (¢ — 1) sin 2 dz Tim dng thic ding?
0

jus

4

1
cos 2x dx. I =3 (x —1)cos2x| — /cos 2z dx.
o 0

NE

@Iz—(x—l)cos%c—

™

I ]
1 4
@I:—%(a:—l)COSQ:B +§/Cos2$d$. @Iz—(m—l)cos?x +/cos2xdm.
0 0 o 0

N O\Nﬁ

Cdu 12 (Chuyén KHTN 2019). Biét rang ton tai duy nhat cic bd s6 nguyén a, b, ¢ sao cho
3

/(4x+2)lnxdx:a+bln2+cln3. Gi4 tri ctia @ + b+ ¢ bang

2 (A)19. B)-19. (C)s. D)-5.

2
Cau 13 (HSG Béc Ninh 2019). Cho | n{+z)

1

5 dz = aln2 + bIn3, véi a,b 1a céc sd hitu ti.
x

Tinh P = a + 4b.

AP =0 BP=1. ©r=3 D)P=-3.

21000

A~ 1
Cdu 14. Tinh tich phan I = / iQ dz, ta duge
/(2 +1)
In 21000 2 10001n 2 21000
@I = 714 21000 +1001In 1+ 21000° ®)1= "1 + 21000 tln 1+ 21000°
I 21000 2 100010 2 91000
©I = 14 2m000 1001 1n 1+ 21000 @[ = 1421000 In 1+ 21000°

2
Cdu 15. Biét /Qx In(z +1) dz = alnb, véi a,b € N*, b 1a s6 nguyén t6. Tinh 6a + 7b.
0
(A)6a + 7b = 33. (B)6a + 7b = 25. (C)6a + 7b = 42. (D)6a + 7b = 39.

Cdu 16 (Chuyén Hung Yén 2019). Biét rang /lnxd:c =1+ 2a, (a > 1) Khing dinh nao dusi
1

day 1a khing dinh ding?
(A)a € (18;21). B)a € (1;4). (©a e (11;14). (D)a € (6;9).

Céu 17 (KTNL GV B&c Giang 2019).
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1
Cho tich phan /(a: —2)e*dz = a + be, véi a;b € Z. Tong a + b bang
0

(A1 B)-3. (©)s. (D)-1.
Cau 18 (KTNL GV Thudn Thanh 2 B&c Ninh -2019).
2

Tinh tich phan [ — / ze® dz.
1

@1262. ]:—62. @I:e. @]:362—26.
Cau 19 (THPT Yén Phong S6 1 B&c Ninh 2019).

3
Biét rang /xlnxdx =mIn3+nln2+ p trong d6 m,n,p € Q. Tinh m +n + 2p

2
5 9 5
@1 5 ©o. @—1-
Cau 20 (Chuyén Lam Son Thanh Héa 2019).
2

Biét /2:70 In(1+2) dz =a.lnb, v6i a,b € N*, b 1a s6 nguyén t6. Tinh 3a + 4b.
0

(A)42. B)21. (©)12. (D)32.

Cau 21 (Chuyén Quéc Hoc Hué 2019).

2
1 b . . R
Cho tich phan I = /n—; dr = - 4+ aln2 véi a 1a so thuc, b va ¢ la cac s6 nguyén duong, dong
x c
1

b L .
thoi — la phan so toi gian. Tinh gia tri ctia bieu thic P = 2a + 3b + c.
c

(AP =6. B) P = —6. ©P=5s. D)P =4

us

3
~ ) 3 S
Cdu 22. Biet I = / dx = £7T — Inb. Khi d6, gia tri ctia a® + b bang

/ cos? x a

(A)11. B)7. (©)13. (D)9.
3
Cdu 23. Cho/ln(m2—$) de = F (z),F(2) :2ln2—4.KhidéI:/{

2

F(zx)4+2z+1In(z—1)

dz

bang
(A)31n3 - 3. B)3In3 - 2. (©)3m3 1. (D)3In3 — 4.

Cau 24 (Chuyén Lé Quy Pon bién Bién 2019).

. T 3 ) )
Biet I = / s do = £7r —Inb, v6i a,b la cac so6 nguyén duong. Tinh gid tri ctia biéu thiic
cos? a

T=a>+b
(AT =9. BT = 13. ©r=r1 DT = 11.

Cau 25 (THPT Lé Quy P6n Ba Nang 2019).
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2
In (142 .
Cho/rl(—gx)dx: gln5—|—bln3+cln2, v6i a, b, ¢ 1a céc s6 nguyén. Gia tri cia a+2 (b + ¢)
x
1
la:

.@0. B)9. (©)3. D)5.

2
Céu 26. Cho / n{1+2)

1

@P:; B)P =0. @P:_Qg. D)P = -3.

Céu 27 (KTNL GV B&c Giang 2019).

1
Cho tich phan /(:1: —2)e*dz = a + be, véi a;b € Z. Tong a + b bang
0

A1 B)-3. (C)s. D)-1.

5 dz =aln2+bIn3, véi a, b la cic s6 hitu ti. Tinh P = ab.
x

In (sinz + 2 cos z)

dr =aln3+4+0In2+ cm v6i a, b, c 1a cac

1
Céu 28 (S& Phd Tho 2019). Cho /
0

cos? x

s6 hitu ti. Gié tri ctia abc bang

15 5 5 17
g. g. @Z. g.

12
o~ o PR . 1 1 c

Cau 29 (Chuyén Thai Binh 2019). Biet / (1 +r— x) e d = %ed trong d6 a, b, c,d la cac

1

12

s6 nguyén duong va cdc phan sb 1a t6i gidn. Tinh bc — ad.

a cC

b d

(A)12. B)1. (C)24. (D)64.
+1In(z+1) a ¢

2
Cau 30 (THPT Yén Khdnh A 2018). Cho /“” —dr = 3+ SIn3 (véi ae € Zibd €
) (z+2)

N* 1 cac phan sb t6i gidn). Tinh P = (a +b) (¢ + d).

Qﬁ)?. B -7. (C)3. (D)-3.

Cau 31 (Pang Thuc Hira-Nghé An-2020).
Cho ham s6 y = f (z) cb f(l)—lvéf’(x)—Lvéix> -1 Biét/Qf(x) dx—alné—d
Y 2 (z+1) B c

. b . s
véi a, b, ¢, d la cac so nguyén duong, b < 3 va — toi gian. Khi d6 a + b + ¢ + d bang
c

@s. ®)s5. ©)6. (D)10.

Ul o
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;3. UNG DUNG TICH PHAN

B Dang 3.11. Ung dung tich phan dé tim dién tich

(1) 1y = f(z) b
e Hinh phang gidi han béi ¢ (Cy) : y = g(x) thi dién tich la S = / |f(z) — g(z)| dz
r=a,r=">bla<b) ’
(1) 1y = f(=z)

b
e Hinh phang (H) gidi han béi { (Cy) : Oz (y = 0)  thi dién tich 1a S = / |f(z)|da

r=a,r=0bla <Db)
Hinh thitc dé thudng hay cho

e Hinh thitc 1: Khong cho hinh vé, cho dang (H) : {y = f(x),y = g(z),2 = a,x = b(a <
b

b)} <= / |f(x) — g(z)] dz = két qud, so sanh véi bon dap an.

a

e Hinh thiic 2: Khong cho hinh vé, cho dang (H) : {y = f(z),y = g(z)}, cho f(z) = g(x)

tim nghiém x, ..., 7;, véi z; nhé nhat, z; 16n nhat <=2 / |f(x) — g(x)| dz

1
e Hinh thtic 3: Cho hinh v&, sé gidi phuong trinh tim toa do giao diém (néu chua cho
trén hinh), chia timg dién tich nho, x6 hinh tit trén xudng, ghi cong thitc va bAm mdy

tinh.

e Hinh thtic 4: Cho ba ham trd 1én, chang han y = f(z), y = g(z), y = h(z) ta nén vé
hinh.

€ CcAc vi by MAU

(¢ Vidu 1 (THPT Lé Xoay Vinh Phic 2019). Cho ham s6 y = f (z) x4c dinh va lién
tuc trén doan [a;b]. Dién tich hinh phang giéi han béi dd thi ham sé y = f (), truc hoanh

va hai duong thing = = a,z = b dudc tinh theo cong thitc

@5=/b|f(af)| . S=/bf(x) da.
@Sz—/bf@s) da. @S:]|f<x>|dx.
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(£ Vi du 2 (P& Minh Hoa 2020 Lan 1). Dién tich hinh phang dugc gach chéo trong hinh
bén bang
2
@/ (—22” + 2z + 4) dz. y
e 7
/ (2:62 —2x — 4) dx.
S

2

@/ (—2x2 — 2x+4) dz.

(¢ Vi du 3 (Dé Tham Khao 2020 Lan 2). Dién tich S ctia hinh phdng giéi han bdi céc

dudng y = 22%, y = —1, = 0 vd x = 1 dudgc tinh bdi cong thitc ndo sau day?
1 1

@Szw/(2x2+1) dx. S:/(2x2— 1) dx.

0 0

(£ Vi du 4 (Ma 101-2020 Lan 1). Dién tich hinh phang giéi han béi hai dudng y = 22 —4
va y = 2z — 4 bang

36. . g 36m.
® 3 3
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(¢ Vi du 5 (Ma 102-2020 Lan 1). Dién tich hinh phang giéi han béi hai dudng y = 22 —1
vay=x—11a
@ ® 3 13m 1
6 6 6 6

(¢ Vi du 6 (Ma 104-2020 Lan 1). Dién tich hinh phang giéi han béi hai dudng y = 22 —3
va y =z — 3 bang

1257 1 125 _
T. 6. ?. @E.

(¢ Vi du 7 (Ma 103-2020 Lan 1). Dién tich hinh phang giéi han béi hai dudng y = 22 —2
va y = 3z — 2 bang
®? B 125 1950
5 5 = 0

(£ Vi du 8 (Ma 102 2018). Goi S la dién tich ctia hinh phang giéi han bdi cdc dudng
y=2%y=0,z=0, =2 Ménh dé nao dudi diy dtng?
2 2

2 2
— L . — T . —_ 2z ) _ 2z .
@S 7r0/2 dx S 0/2 dx @S 7T0/2 dz @S 0/2 dz
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(£ Vidu 9 (Ma 101 2018). Goi S la dién tich hinh phing gi6i han béi cac dudng y = e*,
y=0,z =0, z=2. Ménh dé nao dusi day ding?
2

S:ﬁ/exdx. @S:W/zexdx. @S:W/Qe%dx.

0 0 0

W
I
o
o
8
(o
&

(¢ Vi du 10 (Ma 102-2019). Cho ham s6 y = f () lién tuc trén R Goi S 1a dién tich hinh
phéng giéi han béi cac duong y = f (x),y = 0,2 = —1 va & = 5 (hinh vé bén). Ménh dé

nao sau day dang?

@S:—/lf(x)dx—/sf(x)dx.

Sz/f(m)dx—i—/f(m)dx.

1 5

(¢ Vi du 11 (M3 103-2019). Cho ham s6 f () lién tuc trén R. Goi S 1a dién tich hinh
phang giéi han béi cac duong y = f (z),y = 0,2 = —1,z = 2 (nhu hinh vé bén). Ménh dé

nao dudi day duang?
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(¢ Vi du 12 (Dé Minh Hoa 2017). Tinh dién tich hinh phing gi6i han béi d6 thi ham s6

y=a3—zvadothihamsby =2 —=x

37 9 81
> Z' — (D)13 .

2

(¢ Vi du 13 (Dé Tham Khao 2017). Goi S la dién tich hinh phing (H) gi6i han bdi cac

0
dudng y = f (x), truc hoanh va hai duong théng x = —1, z = 2. Diit a = /f(:v) dz,
|

2
b= /f (x) dz, ménh dé ndo sau day ding?

@S:b—a. B)S=b+a.
©

S=—b+a. D)S = —b—a.
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(¢’ Vi du 14 (Dé Tham Khao 2019). Dién tich phan hinh phang gach chéo trong hinh vé

bén dugc tinh theo cong thitc nao dudi day?

@/2 (—2z +2) du=. /2 (2x — 2) dz. i
@/2 (—22% + 2z + 4) dz. @/2 (22> — 22 — 4) da. /_/I(O\J e

(¢ Vi du 15 (Ma 101-2019). Cho ham s6 f (z) lién tuc trén R. Goi S 1a dién tich hinh
phéng gi6i han béi cdc duong y = f(z),y = 0,2 = —1 va & = 4 (nhu hinh vé bén). Ménh

8 nao dusi ddy ding?
1

@S:/If(w)dx—jf(x)dm.
Sz/jf(x)dx+1/4f(x)dx. '
©s=- llf(x)dw—jf(a:)dx
@s=- jf(x)dx+1/4f(l‘)dx

(¢ Vi du 16 (Ma 104-2019). Cho ham s6 f (z) lién tuc trén R Goi S 1a dién tich hinh
phang gi6i han béi ca duong y = f (z),y = 0,2 = —2 va £ = 3 (nhu hinh vé&). Ménh dé nao
dudi day ding?
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(£ Vi du 17 (Chuyén KHTN 2019). Dién tich phan hinh phang gach chéo trong hinh vé

bén duge tinh theo cong thitc nao dudi day?

@/2 (2% =20 = 4) do. /2 (222 + 2z — 4) da. ,
@/2 (-21;2 + 2z + 4) dz. @/2 (—2:1:2 —or 4 4) T /\<\-j J/_u B ey

(¢ Vi du 18. Goi S 1a dién tich hinh phing gi6i han béi do thi ham s6 y = f (z), truc

hoanh, dudng thang z = a,z = b (nhu hinh vé bén). Héi céch tinh S nao duéi day ding?
@S = /f (x) dz. l‘.~' 1/_::\1:
r)l WA 2

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590



Chuyén d& 1. NGUYEN HAM - TICH PHAN - UNG DUNG 117

@ Vi du 19 (THPT Doan Thugng-Hai Duong 2019). Goi S la dién tich hinh phing gi6i

han béi cdc do thi ham s6: y = 2° — 3z, y = 2. Tinh S.

A)S =4 B)S = 8. ©s=2 D)s =

@ Vi du 20 (Chuyén Hing Vudng Gia Lai 2019). Goi S 14 dién tich ciia hinh phéng gidi

han béi céc duong vy = 3%, y = 0, z = 0, z = 2. Ménh dé nao dudi day ding?
2 2 2 2

@Szo/Bxdx. S:W/SQIdx. @S:WO/?)xdx. @S:/3zxdx.

0

@ Vi du 21 (THPT Déng Son Thanh Héa 2019). Cho ham s6 y = f (z) lién tuc trén
doan [a;b]. Goi D 1a dién tich hinh phang gi6i han béi do thi (C) : y = f (), truc hoanh,
hai duong thang = = a, = b (nhw hinh vé duéi day). Gid st Sp 1a dién tich hinh phang
D. Khéng digh nio sau daby 1a ding?

@szff(w) dx+/f(:1:) .
SDZ—/Of(x) dx—i—/bf(m) dz.

@5D:/Of(:c) d:v—/bf(:v) dz.
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(¢ Vi du 22. Dién tich hinh phing gi6i han béi do thi ham s6 y = (z — 2)° — 1, truc hoanh
va hai duong thing z = 1,2 = 2 bang

2 3 1 7

5 ®3 5 5

(£ Vi du 23. Cho hai ham s6 f(x) va g(z) lién tuc trén [a; b]. Dién tich hinh phang giéi han

béi dd thi ctia cidc ham sé y = f(z), y = g(z) v cdc dudng thang z = a, = = b bing

®|/ 1) - g(a)] dx‘- [1£@) +g(@)| de.
© [ If(@) - g(@)| az © [ [f(@) - g()] dz

(¢ Vi du 24 (KTNL GV Béc Giang 2019). Tinh dién tich hinh phang giéi han béi dd thi
ham s6 y = 4z — 2% va truc Ox

34 31 32
(A)11. ? = =

@ Vi du 25 (Chuyén Nguydn Tt Thanh Yén Bai 2019). Dién tich ciia hinh phing

dugce gioi han bai d6 thi ham sé y = f (z), truc hoanh va hai dudng thang = = a, z = b (a < b)

(phan t6 dam trong hinh vé) tinh theo cong thitc nao dudi day ?
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@5=/cf(a:) dSB+/bf(x) dz.
Sz/bf(@ da.
@S:—/Cf(f)dw%-/f(x)dm.

(£ Vi du 26 (Viet Birc Ha Ni 2019). Tinh dién tich S hinh phang giéi han béi cdc dudng
y=a2+12=—1,z=2vatruc hoanh.

(A)S =6. B)S = 16. @5:1;. D)S = 13.

(¢ Vi du 27 (THPT An Lio Hai Phong 2019). Goi S 1a dién tich hinh phing giéi han
béi cac dudng y = 2% +5,y = 6z, x =0, x = 1. Tinh S.

4 7 8 5
g. g. @g. g .

@ Vi du 28 (THPT An Lao Hai Phong 2019). Goi dién tich hinh phing giéi han bai dd

. -3z -1
thi ham s6 (C) : y = xil va hai truc toa do la S. Tinh S7
x

Szl—lné Sz4lné S:4ln%—1. S:lné—l.
@ 3 3 3 3
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(¢ Vi du 29. Di¢n tich hinh phéng giéi han béi y = 2%y = 0;2 = 1;2 = 2 bang

®: ®. ©3 @1

(¢ Vi du 30 (THPT Lé Xoay Vinh Phic 2019). Goi S 1a dién tich hinh phéng gi6i han

X A 95 = 1|
bdi do thi cia ham so (H) y =
i do thi ctia ham so (H) y 1

(A)2In2 - 1. B)In2+1. ©m2-1. (D)2In2 + 1.

va céc truc toa do. Khi dé gia tri ciia S bang

(¢ Vi du 31. (Toén Hoc Tudi Tré 2019] Goi S 1a dién tich ciia hinh phang giéi han béi céc

1 X
duomg y = % y=0,1=1,z=e Ménh dé nio dudi diy ding?

@S:W/h;zxdm. S:/lzfdx.

1 1

(£’ Vi du 32 (Chuyén Phan Boi Chau Nghé An 2019). Dién tich hinh phang giéi han béi
dothicAchamsby = —a2?2+22 + 1,y =222 —4x + 1 1a
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(A)s. B)5. (C)4. (D)10.

(£ Vi du 33 (THPT Yén Phong 1 Bac Ninh 2019). Tinh dién tich hinh phang gi6i han
béi hai do thi y = 22 + 22, y = z + 2.

7 9 5 11
> B3 ©3 5

(£ Vi du 34 (Chuyén Ha Long 2019). Hinh phang (H) dugc giéi han béi cac dudng y =
2%, y = 3z — 2. Tinh dién tich hinh phéng (H)

@; (dvdt). ; (dvdt). (©)1 (dvdt). @é (dvdt) .

@ Vi du 35 (THPT Gang Thép Thai Nguyén 2019). Dién tich hinh phing gidi han bai

dd thi cdc ham s6 y = Inz,y = 1 va dudng thing = = 1 bing

@eQ. e—|—2. @26. @e—Q.
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(¢ Vi du 36. Di¢n tich hinh phing gi6i han béi do thi ctia ham sb y = 4z — 22 va dudng
thang y = 2z bang

20 4 16
@4. ?. g. ? .

(¢ Vi du 37 (THPT Lé Quy Don Da Nang 2019). Tinh dién tich phan hinh phiang gach
chéo (tam gidc cong OAB) trong hinh vé bén.

5 5% 8 & ,
®2 ® 2 = | \ s

(¢ Vi du 38. (KTNL GV Thuan Thanh 2 Bic Ninh 2019] Tinh dién tich S ctia hinh phang

gi6i han bdi cac duong y = 2* — 2z, y = 0, z = —10, = = 10.

@S:QO??O. (B)S = 2008. (©)S = 2000. @8220303

@ Vi du 39 (THPT Ngé Si Lién Béic Giang 2019). Coi S la dién tich hinh phing gidi

han béi cac duong y = f (z), truc hoanh va hai dudng thang z = —3, = 2 (nhu hinh vé

1 2
bén). Dit @ = / (@) da, b= / £ (z) dz. Ménh d3 ndo sau day 1a ding.
-3 1
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(A)S =a+b. B)S =a—b. y

©S=-a—b. DS =b—a. \\ara

@ Vi du 40 (Chuyén Bic Giang 2019). Dién tich hinh phing giéi han béi d5 thi ham sb
y = 22 va dudng thing y = 2z 1a:

4 5} 3 23

5. g. 5. T5 .

(£’ Vi du 41 (Chuyén Phan Boi Chau 2019). Dién tich hinh phang giéi han béi do thi cac
himsby=—22+2z+1,y=22> -4z +113

A)s. B)5. ©)4. D)10 .

@ Vi du 42 (HSG B&c Ninh 2019). Goi S la dién tich hinh phing giéi han béi dd thi

ham s6 y = 1 va cac truc toa do. Khi do gia tri cua S la

x +
A)S=1+m2. B)S=2m2-1. (©)S=2m2+1. [D)S=m2-1.
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(£ Vi du 43. Dién tich hinh phang giéi han bai hai dd thi ham s6 y = 2°, y = 2® — 4z + 4

va truc Oz (tham khao hinh vé) duge tinh theo cdng thiic nao duéi day?
2

@/’x?’— (x2—4x—|—4)} dz. el
4 |
1 2
—/a:3d:c—|—/(x2—4a:+4) dz.
10 21 /
@/dex—/(x2—4x+4)dx. A
0 1

1 2
@/x3dx+/(x2—4x+4) dz.
0 1
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B Dang 3.12. Ung dung tich phan dé tim thé tich

a) Thé tich vat thé
Goi B 1a phan vat thé giéi han béi hai mit phang vuong géc véi truc Oz tai cdc didm
a va b, S(x) 1a dién tich thiét dién ciia vat thé bi cit béi mit phang vudng goc véi
truc Oz tai diém z, (a < 2 < b).
Gia st S(z) 1a ham s6 lién tuc trén doan [a; b] Khi d6, thé tich ciia vat the B dugdc xic

dinh béi cong thirc

b) Thé tich khéi tron xoay

e Thé tich khéi tron xoay dudc sinh ra khi quay hinh phing gi6i han béi céc dudng

y = f(x), truc hoanh va hai duong thang = = a, © = b quanh truc Oz.

((C):y = (=) g
Truc Ozx: y = )

ey 0:>Vx:7r/[f(:1;)]2da:

r =aQ a 0
\x:b

e Thé tich khéi tron xoay dude sinh ra khi quay hinh phing gi6i han béi céc dudng
z = g(y), truc hoanh va hai dudng thing y = ¢, y = d quanh truc Oy

( A

(C): z=g(y) F

d fo)]

Truc Oy: =0 ) 4
X iVyZW/[g(y)] dy |
y=c c N i )
\y =d \@ ‘ I
o L
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e Thé tich khéi tron xoay dude sinh ra khi quay hinh phing giéi han béi cac dudng
y = f(x), y = g(x) (cing ndm mot phia so v6i Ox) va hai duong thing z = a, © = b

quanh truc Ox

I CAC Vi DU MAU

(¢ Vi du 1 (D& Minh Hoa 2017). Viét cong thitc tinh thé tich V ctia khéi tron xoay duge
tao ra khi quay hinh thang cong, gidi han bdi d6 thi ham sé y = f (z), truc Oz va hai dudng

thang = = a,z = b(a < b), xung quanh truc Oz.

@V:/b|f(x)| dz. V:ﬂ/be(x) dz.
@V:/be(x)dx. @V:ﬂ/bf(:v)dx.

(¢ Vi du 2 (Dé Tham Khao 2018). Cho ham s6 y = f (v) lién tuc trén doan [a;b]. Goi
D 13 hinh phéang gi6i han béi dd thi ham s6 y = f (z), truc hoanh va hai dudng thang
x = a,r = b(a < b). Thé tich ctia khéi tron xoay tao thanh khi quay D quanh truc hoanh
dugce tinh theo cong thiic
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(£ Vi du 3 (Ma 101 2020 Lan 2). Goi D la hinh phang giéi han béi cac duong y = €,
y =0, 2 =0vaz = 1. Thé tich ctia khéi tron xoay tao thanh khi quay D quanh truc Oz

bang
1 1 1

e3® dz. % dz. @ﬂ/eﬁx dz. @/e‘% dz.

®)
3
o—__

=]
[e=]
[e=]

(£ Vi du 4 (Ma 102-2020 Lan 2). Goi D la hinh phang gi6i han béi cdc duong y =
ey = 0,2 = 0vax = 1. Thé tich ctia khdi tron xoay tao thanh khi quay D quanh

truc Oz bang
1

@/e“dx. 7r

1 1

e dz. @71’/843: dz. @/esx dz.

o

[e=]
[e=]

(£ Vidu 5 (Ma 103-2020 Lan 2). Goi D la hinh phdng gi6i han béi cdc dudng y =
e y = 0,2 = 0 va o = 1. Thé tich khdi tron xoay tao thanh kho quay D quanh Oz
bang

@W/Ol e*? dz. /01 e?® dz. @ﬂ/ol e?® dz. @/01 e*” dz.

(£ Vi du 6 (Ma 104-2020 Lan 2). Goi D la hinh phéng gi6i han béi cac duong y = e®,y =

0,2 = 0vax = 1. Thé tich ciia khdi tron xoay tao thanh khi quay D quanh truc Oz bang
1 1 1 1

@W/eQ‘” dx. 7T/€x dx. @/ew dx. @/eh dx.

0 0
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(£ Vi du 7 (M3 103 2018). Cho hinh phéng (H) gi6i han béi cac duong y = 22 +3, y = 0,
x =0, 7 =2. Goi V 1a thé tich ctia khdi tron xoay dugc tao thanh khi quay (H) xung quanh

truc Ox. Ménh dé nao dudi day ding?

@V:/Q(x2+3) du. Vzﬂ/Q(x2+3) da.
@V:/Z(x2+3)2dx. @V:Wj(x2+3)2dx.

(£ Vi du 8 (Ma 105 2017). Cho hinh phing D gi6i han bsi duong cong y = e*, truc hoanh
va cdc duong thang = = 0, = 1. Khéi tron xoay tao thanh khi quay D quanh truc hoanh
c¢6 thé tich V bang bao nhiéu?

@v-"C @r-=!  ©v-"" @v="-D

(¢ Vi du 9 (Ma 104 2017). Cho hinh phing D gi6i han véi dudng cong y = /22 + 1, truc
hoanh vi cdc dudng thang z = 0,z = 1. Khéi tron xoay tao thanh khi quay D quanh truc
hoanh ¢6 thé tich V bang bao nhiéu?

V=2 ®v="2" V =om V=2
3 3
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(¢ Vi du 10 (M3 123 2017). Cho hinh phing D giéi han béi dudng cong y = /2 + cos z,
truc hoanh va cdc dudng thing ¢ = 0,z = g Khéi tron xoay tao thanh khi D quay quanh

truc hoanh c¢6 thé tich V bang bao nhiéu?

@V:(W+1)7r. V:7r—1. @V:w—f—l, @V:(W_l)ﬂ‘

(¢ Vi du 11 (Ma 110 2017). Cho hinh phang D giéi han béi dudng cong y = /2 + sin z,
truc hoanh va céc dudng thing « = 0, = 7. Khdi tron xoay tao thanh khi quay D quay

quanh truc hoanh c¢6 thé tich V' bang bao nhiéu?

@V =2r(r+1). BV =2m ©v=2(=+1). OV=2n>.

(¢ Vi du 12 (M3 104 2018). Cho hinh phéng (H) giéi han béi cac dudng thang y = 22 +
2,y =0,2 = 1,2 = 2. Goi V la thé tich ctia khéi tron xoay dugc tao thanh khi quay (H)

xung quanh truc Ox. Ménh dé nao dudi day ding?
2

@V:/(xQ—i—Z) dzx. V:ﬂ/2(x2+2)2 dx.
@V:i(a:2+2)2dx. @V:W/z(a:Q—l—Q)dx.
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(¢ Vi du 13 (Pé Tham Khao 2017). Tinh thé tich V clia phan vt thé gidi han béi hai
mit phang = = 1 va x = 3, biét rang khi cit vat thé béi mit phang vudng gbc véi truc Oz
tai diém c6 hoanh d6 z (1 < z < 3) thi dugc thiét dién 14 mot hinh chit nhat c6 d6 dai hai
canh 1a 3z va /322 — 2.

@V:l?. BV = (32 +2V/15)7.

©V =32+ 2/15. DV = 12;”.

(¢ Vi du 14. Tim cong thic tinh thé tich ctia khéi tron xoay khi cho hinh phéng giéi han
bdi parabol (P) : y = 2 va duong thing d : y = 22 quay xung quanh truc Oz.
2 2

@7?/ x —233 ? dz. 7T/4x2dx—7r/x4dx.
2 02
7T/4a:2dx—|—7r/m4da7. @W/(Qx—x2) dx .

0 0

(£ Vi du 15 (THPT Doan Thuong-Hai Duang-2019). Cho hinh phing (H) giéi han béi
cac duong y = 22+ 3,y = 0,2 = 0,2 = 2. Goi V 1a thé tich khdi tron xoay dugc tao thanh
khi quay (H) xung quanh truc Ox. Ménh dé nao sau day ding?

2 2

@V = [ (s> +3)" az. ®V = [ (+*+3) da.

@V:/(x2+3)2 dx. @V:W/Q(x2+3) dx.
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(¢ Vi du 16 (Chuyén Tran Phi Hai Phong 2019). Goi V 1a thé tich ctia khdi tron xoay
thu duge khi quay hinh thang cong, giéi han béi do thi ham s6 y = sin z, truc Ox, truc Oy

2 m X
va dudng thang x = 5 xung quanh truc Ox. Ménh de nao duéi day dung?

(¢ Vi du 17. Thé tich khdi tron xoay dudc sinh ra khi quay hinh phéng giéi han béi dd
thi ctia ham s6 y = 22 — 2z, truc hoanh, dudng thang z = 0 va « = 1 quanh truc hoanh
bang

167 27 47 8T

5 ®73 3 T

(¢ Vi du 18 (THPT Yén Phong S6 1 Bac Ninh 2019). Cho mién phing (D) giéi han
béi y = \/z, hai duong thang z = 1, £ = 2 va truc hoanh. Tinh thé tich khéi tron xoay tao
thanh khi quay (D) quanh truc hoanh.

3 2m 3
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(¢ Vi du 19 (S& Pha Tho 2019). Cho hinh phéng (H) gi6i han béi cac duong y = 2z —a2,
y = 0. Quay (H) quanh truc hoanh tao thanh khéi tron xoay cé thé tich 1a
2

@/ (2x—x2) dx. 7T/2(2x—x2)2

@/2 (2:1: —1'2) dx @7?/ (2:B —$2) dx

(¢ Vi du 20. Cho hinh phéing gii han béi cdc dudng y = vtanx,y = 0,z = 0,z = % quay

xung quanh truc Oz. Tinh thé tich vat thé tron xoay dugc sinh ra.

@”12“2. ”T?’. ©z. (D)rin2.

(¢ Vi du 21 (THPT Hoang Hoa Tham Hung Yén 2019). Thé tich khéi tron xoay khi

, 1
quay hinh phang (H) x4c dinh béi cac dudng y = §x3 —22,y=0,z=0vax =3 quanh

truc Oz la
81w @ 81 Tim 71

(¢ Vi du 22 (Chuyén Luong Thé Vinh Déng Nai 2019). Thé tich khoi tron xoay khi cho
hinh phéng gi6i han béi parapol (P): y = 2? va duong thang d: y = 2z quay xung quanh
truc Ox bﬁng:

@W/Zx—x dz. W/Q(x2—2x)2dx
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(¢ Vi du 23 (THPT Nghia Hung ND- 2019). Tinh thé tich ctia vat thé tao nén khi quay
quanh truc Oz hinh phing D gi6i han béi d6 thi (P) : y = 22 — 22 va truc Oz bang

197 137 177 167

IED BAITAP Ty LUYEN - VAN DUNG
Dang 1. Ung dung tich phan dé tim dién tich

Céu 1 (THPT Québc Gia 2021 - Lan 1 - Ma 102).

Cho ham s6 f(x) = 2*+ax?+br+c véi a, b, c 1a cic s6 thuce. Biét ham s6 g(x) = f(z)+f'(z)+f"(z)
f(x)
g(z) +6

6 hai gid tri cua tri 14 —3 va 6. Dién tich hinh phéng giéi han bdi dudng y = vay =1

bang?
(A)21n3. B)In3. (©m18. (D)21n2.

Céu 2 (THPT Quéc Gia 2021 - Lan 1 - Ma 102).

Cho ham s6 f(z) = 23 +ax?+br+cvéia, b, c1a cac sd thuc. Biét ham s g(x) = f(x)+f'(2)+f"(2)
f(z)

g(x)+6

6 hai gid tri cuc tri 14 —4 va 2. Dién tich hinh phing giéi han béi cdc dudng y = VAl

y = 1 bang

(A)2n2. (B)In6. (©)3n2. (D)In2.

Cadu 3.
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(Pé Tham Khéo 2018) Cho (H) la hinh phang gi6i han bdi parabol y = v
V322, cung tron cé phuong trinh y = V4 — 22 (v6i 0 < 2 < 2) va truc
hoanh (phan t& dam trong hinh v&). Dién tich ctia (H) bang

AT ++/3 4t — /3
ORASE) (DEA)

6 o
©47r+2\/§—3 5vV/3 —2m
Cdu 4. Dié% tich phan hinh phing duoc t6 dgm trong hinh vé bén \ ” /

dugce tinh theo cong thitc nao dudi day?

@j<x2—2+m>dx. j<x2—2—\/m>dx,
@_/1(—1:2+2+\/H)dm. @j(—m2+2—\/m>dx,

Cau 5. (S6 Béc Giang 2019) Dién tich hinh phing giéi han bsi dudng cong y = = In z, truc hoanh

va dudng thing z = e 1a
e?—1 e +1 e? —1 e?+1
OS] a3 OE] DRSS

Cau 6. Gia tri duong clia tham s6 m sao cho dién tich hinh phang giéi han béi do thi ciia ham

s6 y = 2 + 3 va cdc dudng thang y = 0,2 = 0,z = m biang 10 1a
7
@mzi. m:5. @mzZ. @mzl.

- ) 7T—42°khi0 <z <1
Cdau 7. (Chuyén KHTN 2019) Cho ham so f(x) = . Tinh dién tich hinh
4—2°khiz > 1

phéng giéi han bdi do thi ham s f (z) va cdc dudng thang z = 0,2 = 3,y = 0.
16 20
5 B) S (©)10. (D)9.
Cau 8. (Chuyén Qudc Hoc Hué 2019) Tinh dién tich S ctia hinh phang (H) gi6i han béi cac

duong cong y = —23 + 122 va y = —2%.

937 343 793 397

Cau 9. (Viét Dic Ha Noi 2019) Cho (H) 1a hinh phang giéi han béi céc  ”

duong y = /7, y = v — 2 va truc hoanh. Dién tich ctia (H) bang 7
7 8 10 16 3
@g- 3 3 3 0 O

Céu 10. Dién tich hinh phing dugc giéi han béi cdc dudng y = 22 +z —1vay =2t 4+ 2 — 1

la
8 7 2 4
T5- @ E. @ 5. T5. .
Cdu 11. (THPT Nghia Hung ND- 2019) Goi S 13 hinh phéng gi6i han béi d6 thi ham s6 (H) :

z—1 s
va cac truc toa do. Khi do gia tri ciia S bang

y:
T+
(A)S=I2+1. B)S =2In2+1. ©S=m2-1. (D)S =2mm2—1..
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Cau 12. (THPT Gia Loc Hai Duong 2019) Tinh dién tich cia phan
hinh phéng gach chéo trong hinh vé sau: V=

o B)4. ) u yoe?

3 3 3 o 2 x
Cdu 13. (HSG Béc Ninh 2019) Cho hinh phang (H) giéi han s

2 2
béi parabol y = % va duong cong c¢6 phuong trinh y = /4 — %
(tham kh&o hinh vé bén) Dién tich hinh phang (H) bang: _

@2(47T+\/§) 47T—|—\/§ 4 0 4

3 6
4 + \/g @4\/3 +
Cdéu 14.3 Cho ham s6 f(x) x4c dinﬁ va lién tuc trén y

doan [—5;3] c¢6 d6 thi nhu hinh vé bén. Biét dién tich cta
hinh phang (A),(B),(C), (D) giéi han béi do thi ham sb | | .
y = f (z) va truc hoanh lan lugt 1a 6; 3; 12; 2. Tinh tich phan o © i
/ 2f (22 + 1) + 1] dz bing |

1 @
-3 5 '-.\(\“.] 5 ; 2
(A)27. B)25. ©)17. (D)21.

Cau 15. Dién tich hinh phang giéi han béi d6 thi ham s6 y = |2 — 1| va nita trén ctia dudng tron

2?2 +y? = 1 bing?
T 1 m—1 s T
@1—5- 7 @5—1- @1—1--

Cau 16 (Kim Lién-Ha NGi-2018). Cho (H) la hinh phang dudc

t6 ddm trong hinh vé va duge gii han béi cac duong cd phuong

10 —xkhiz <1
trinh y = —2 — 22, y = . Dién tich cua (H)
3 v —2khiz > 1
bang?
11 13 11 14
x 5 5 7

Cau 17. (THCS&THPT Nguyén Khuyén-Binh Duong-2018) Cho dudng tron cé dudng kinh bang
4 va 2 Elip lan luot nhan 2 duong kinh vuéng géc nhau ctia dudng tron lam truc 16n, truc bé cta
mdi Elip déu bang 1. Dién tich S phan hinh phang ¢ bén trong dudng tron va bén ngoai 2 Elip
(phan gach card trén hinh vé) gan véi két qua nao nhat trong 4 két qua dudi day?

(A)S =4,8. B)S = 3,9. (©s=3,7. (D)S = 3,4. .
Cau 18. (THPT Tran Quéc Tuan-2018) Tinh dién tich S ctia mién hinh Y
phang giéi han bdi do thi ctia ham s6 f (z) = az® + bx? + ¢, cdc dudng :

thang z = 1, z = 2 va truc hoanh (mién gach chéo) cho trong hinh du6i

day.

@5:581. 5:582. ©5:580. @5:583..
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Cau 19. (Chuyén Thoai Ngoc Hau-2018) Cho ham s6 f lién tuc ;

trén doan [—6; 5], c6 do thi gdm 2 doan thang vA nita dudng tron nhu /\/
5

hinh vé. Tinh gié tri I = / f () + 2] da.
—6 _s/—.i 0 2

(A)I = 2 + 35. B)I =27 + 34.

(O =27 +33. D)1 =27 +32... \
Cdu 20. Hinh vudong OABC c6 canh bang 4 dudc chia thanh hai phan

1 N
béi duong cong (C') ¢6 phuong trinh y = sz. Goi 51,5 lan lugt 1a dién ¢
R . S
tich cua phan khong bi gach va bi gach nhu hinh vé bén dudi. Ti so S—l :

R 2
bang

3 1
@5- ®)s. @5- D2
Cdu 21. (Viét Dtic Ha N6i 2019) Ki hiéu S (¢) 1a dién tich ctia hinh phing giéi han béi cdc dudng
y=22+1,y=0,z=1,2=t(t>1). Tim t dé S (t) = 10.

(At =3. B)t = 4. (©)t=13. D)t = 14. .

~ 2 3
Cdu 22. (Ma 104-2019) Cho duong thang y = 2% va parabol y = 22 +a (a

14 tham s6 thuc duong). Goi S}, Ss 1an lugt 14 dién tich hai hinh phing dudc

gach chéo 2trong hinh v€ bén. Khi S; = 5, thi a thuoc khoang nao duéi day?
®(z) () ©OCy) Olys):

Cdu 23. (Ma 102-2019) Cho duong thang y = yid va, parabol y = §x2 +a,

(a 1 tham s6 thuc duong). Goi Sy, So 1an ludt 1a dién tich ctia hai hinh phang

duce gach chéo trong hinh vé bén. Khi S; = S5 thi a thuéc khoang nao dudi

day?

®(53)  Olip)  Ofgy) Olig)

Cdau 24. (Ma 103-2019) Cho dudng thang y = 3z va parabol 222 + a (a 1a v 4
tham s6 thue duong). Goi Sy va Sy 1an lugt 1a dién tich ctia hai hinh phang f’f
duge gach chéo trong hinh vé bén. Khi S; = S, thi a thuoc khodng nao dusi 5-"';;:??’

~ = 2" 4 ”\/,v
day? G

O @) o) o)

Cdu 25. (Ma 102 2018) Cho hai ham s6 f(z) = az® + bz* + cx — 2 va Y
g(z) = d®*+ex+2(a, b, c, d, ecR). Biét rang do thi ctia ham s6 y = f (z) va /?(Y
2 {: 5
: v/l

y = g (x) cit nhau tai ba diém c6 hoanh d6 lan lugt 14 —2; —1; 1 (tham khdo
hinh veé).
Hinh phéng giéi han béi hai dd thi da cho c¢6 dién tich bing

37 37 13 9
0 BT 5 F
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N < 1
Cdu 26. (Ma 101 2018) Cho hai ham s6 f (z) = az® + baz* + cx — 3 va
g(z) = d®> 4+ ex + 1(a,b,c,d,e € R). Biét rang dd thi ham s6 y = f (z) va
y = g (z) cit nhau tai 3 diém c6 hoanh d¢ lan lugt 1a —3; —1; 1 (tham khéo

hinh vé). Hinh phang gi6i han bsi 2 d6 thi da cho c6 dién tich bing

(A)s5. Z. (C)s. (D)4 .

Cdau 27. (Ma 103 2018) Cho hai ham s6 f (z) = ax® + br? + cx — 1 va .

1 s N 2 X .
g(x) = d2+6$+§ (a,b,c,d,e € R). Biet rang do thi ctia ham so y = f(x) X%
5 /|

3

khao hinh vé). Hinh phéng gi6i han béi hai dd thi da cho ¢6 dién tich

.
vd y = g(r) cit nhau tai ba diém c6 hoanh d¢ lan lugt —3; —1;2 (tham o .

4
bang

253 @ 125 253 125

12 48 3
Cau 2%. (Ma 104 2018% Cho hai ham so f (x) = az® + bx% ter+ o va

)

i
:
-1
)
'
'
'
:
-2

3 LS . .
g(z) = d* +ex — 7 (a,b,c,d,e € R). Biet rang do thi ctia ham so6 y = f (z) T
va y = g () cit nhau tai ba diém c¢6 hoanh d6 lan luct 1a —2; 1; 3 (tham khéo V\M
hinh v&). Hinh phdng gi6i han béi hai d thi da cho c¢6 dién tich bing
253 @ 125 125 253

48 24 48 24
CAu 29. Cho parabol (Py) : y = —2 + 2z + 3 cit truc hoanh tai hai diém A, B va dudng thang
d:y=a(0<a<4). Xét parabol (P) di qua A, B va c6 dinh thudc duong thing y = a. Goi S,
14 dién tich hinh phing gi6i han béi (Py) va d.Goi S, 1a dién tich hinh phing giéi han béi (Py) va
truc hoanh. Biét S; = S, tinh T = a® — 8a? + 48a.

(A)T = 99. B)T = 64. ©7T1 =32. DT =72..

Cdau 30. (Tinh Béac Ninh 2019) Cho ham s6 y = f(z) l1a ham s6 da thic
bac bén va ¢6 dd thi nhu hinh vé. Hinh phang giéi han béi d6 thi hai ham sb

y = f(x);y = f'(x) c6 dién tich bang
127 B 107 1 s
40 10 5 5 )

Cau 31. (THPT An Léao Hai Phong 2019) Goi S 1a dién tich hinh phang gi6i han béi cdc dudng

my = 22, mz = y?> (m > 0). Tim gi4 tri cia m dé S = 3.

@mzl. m:2. @sz. @m:4.

CdAu 32. (THPT Cam Giang 2 -2019) Cho hinh thang cong (H) gi6i

han bdi cdc dudng y = €%, y = 0, z = 0, z = In4. Pudng thing

z = k(0 < k <In4) chia (H) thanh hai phan c6 dién tich 14 S; va S, ‘e 1-
nhu hinh vé bén. Tim k dé S; = 25,.

@k:;llnz k:lni. ©k=m2.  (Dk=h3.
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Cau 33. Hinh phing (H) dudc giéi han béi dd thi ciia hai ham sé da thiic béac
bén y = f(z) va y = g (z). Biét rang dd thi cAu hai ham s6 nay cat nhau tai | J
dting ba diém phan biét c6 hoanh do 1an luot 1a —3; —1;2 Dién tich ciia hinh e B
phang (H) (phan gach soc trén hinh vé bén) gan nhat véi két qua nao duéi day? |

(A)3,11. (B)2,45. (©)3,21. (D)2, 95.
Cau 34. (THPT Quynh Luu 3 Nghé An 2019) Cho parabol (P) : y = 2% va hai diém A, B thuoc
(P) sao cho AB = 2. Dién tich 16n nhét ctia hinh phang giéi han bdi (P) va duong thiang AB
la

3 3 2 4

@7 ®)3. ©5 DES
Cau 35. (KTNL GV Thuan Thanh 2 Bac Ninh 2019) Cho Parabol (P) : y = 2% + 1 va dudng
thang d : y = ma + 2 v6i m 13 tham s6. Goi my 1a gid tri ctia m dé dién tich hinh phing gi6i han

béi (P) va d 1a nho nhat. Héi mo nam trong khodng nao?

1 1 1
®(-v2—3). ®)(0:1). ©-17) D)(5:3). -

Céu 36. (THPT Yén Phong S6 1 Béc Ninh 2019) Cho ham sb f (z) y
x4c dinh va lién tuc trén doan [—5;3]. Biét rang dién tich hinh phang g
N 2 y=g(x)
S1, S5, S5 gi6i han béi dd thi ham sb f (z) va dudng parabol y = ¢ (z) = 2
3 ? 4
ax? + bx + ¢ lan lugt 1a m, n, p. Tich phan /f (z) dr bang /j5 2\32‘ o s
@—m+n— —% m—n—i— —I—@ _W
VT P ogg
208 208
@m—n+p—4—5. @ -m+n—p+—— 5
Cdu 37. Cho ham $6 f (z) lién tuc trén R va c¢6 do thi nhu hinh vé y
TS N N s ¥y = flx)
bén. Biét ring dién tich céc phin (4), (B) lan higt bing 3 v 7. Tich b /

5
phéan /cosx f (5sinz — 1) do bang
0

@—* ®)2. ©7 D)-2.

Cdu 38 Cho ham s6 y = f (x) c6 do thl nhu’ hinh vé va dién tich hai phan Y

A, B 1an luot bang 11 va 2. Gia tri ctia I = /f (32 4 1) dz bang

(A)3. 133 @9 (D)13.

Cau 39. (Chuyén Nguyén Trai Hai Duong 2019) Hinh phang (H) dude gidi

han béi do thi (C) ctia hAm da thitc bac ba va parabol (P) ¢6 truc déi xiing

vudng goéc voi truc hoanh. Phan t6 ddm clia hinh vé ¢6 dién tich bang

37 ®) -~ 1 o
12° 12° 12° 12
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2
Cadu 40. (Viét bic Ha Noi -2019) Parabol y = % chia hinh tron cé tam 1a gdc toa do, ban kinh

51

Sy’

3T+ 2 9 — 2 3m+ 2 3T+ 2
@ 127 ©97T—2‘ ®217T—2”

3r+2

bang 2v/2 thanh hai phan c¢é dién tich S; va S, trong d6 S; < Ss. Tim ti sb

- ) . . . 2?2 + 2ax + 3a?
Cdau 41. Tim s6 thuc a dé hinh phang giéi han bdéi hai do thi ham y = T+ af va
a
a’ — ax

1+ab

@Vli B)1. (©)2. (D) 3. .

y = c6 dién tich 16n nhat.

Cau 42. Cho ham s6 y = f (z) ¢6 dao ham trén R, d6 thi ham s6 ¥
2z 2 ~ N, 2 __________
y = f(x) nhu hinh vé. Biét dién tich hinh phang phan soc ké bang \

3. Tinh gid tri ctia biéu thiic:

T:/2f’(a:+1)dx+/3f’(a:—1)dx+/4f(2x—8)dw -W:
@T:g. B)T =6. ©71 =0 @T:;

Cau 43. (THPT Yén Khanh-Ninh Binh-2019) Cho ham s6 y = x* — 622 +m c6 do thi (C,,). Gia
sit (Cy,) cit truc hoanh tai bén diém phan biét sao cho hinh phang giéi han béi (C,) va truc
hoanh c¢é phan phia trén truc hoanh va phan phia duéi truc hoanh ¢é dién tich bang nhau. Khi
dém = % (v6i a, b 1a cac s6 nguyén, b > 0, % 13 phan sb t6i gidn). Gid tri clia biéu thitc S = a +b

la:

@. B)6. ©)s. D)4. .

CAu 44. Hinh phang (H) duge giéi han béi do thi (C) clia ham s6 da thiic
bac ba va parabol (P) c6 truc ddi xting vuong géc vdi truc hoanh. Phan t6

dam nhu hinh vé ¢6 dién tich bang
37 7 11 5
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Cadu 45. (Chuyén Ha Long-2018) Cho cic sb p, ¢ thda man céc diéu kién: . i

n
e —
=
N

1 1 . .

p>1,¢>1, -+~ =1vacicsbd duong a,b. Xét ham sb: y = 277! (z > 0) /
p q b

c6 do thi la (C). Goi (S;) 1a dién tich hinh phang giéi han béi (C), truc =

hoanh, dudng thang = = a, Goi (S) 1a dién tich hinh phing giéi han boi
(C), truc tung, duong thang y = b, Goi (S) 1a dién tich hinh phang gi6i

(¢

han béi truc hoanh, truc tung va hai dudng thing z = a, v = b. Khi so
sénh S; 4+ S5 va S ta nhan duoce bat ding thitc ndo trong cdc bat ding thitc

dudi day?

a? aP~! pa—1
— 4+ — <ab. + > ab.
p p—1 qg—1
P+l pa+l ab bl
@ + < ab. — + — > ab.
p+1 qg+1 P q

Cdu 46. (HA Ni-2018) Cho khéi tru c6 hai ddy 1a hai hinh tron (O; R) va (O'; R), OO’ = 4R.
Trén duong tron (O; R) 1ay hai diém A, B sao cho AB = ay/3. Mit phang (P) di qua A, B cit
doan OO’ va tao véi day mot géc 60°, (P) cat khdi tru theo thiét dién 1a mét phan ctia elip. Dién
tich thiét dién d6 bang

@(Z’ZTJF?)R?. (2;—\?)32. @(?Jrf)m @(?—?)RQ..

Cdu 47. (Chuyén Hing Vuong-Gia Lai-2018) Cho parabol (P) : y = 2% va mot dudng thing d
thay doi cit (P) tai hai diém A, B sao cho AB = 2018. Goi S 1a dién tich hinh phang gi6i han
béi (P) va duong thang d. Tim gid tri 16n nhit Sp,q, cia S

20182 +1 20183 20183 — 1 20183
@Smax = 7—{_ Smaa: = 5 - @Smaz = L - @Smam = 5 -
6 3 6 3
Cau 48. (Chuyén KHTN-2018) Cho ham 86 y = az* +bx? +c ¢6 do thi (C), v

biét rang (C) di qua diém A (—1;0), tiép tuyén d tai A ctia (C) cat (O) tai
hai diém c¢6 hoanh d6 1an luot 14 0 v 2 va dién tich hinh phang giéi han béi
d, dd thi (C) va hai duong thing z = 0; = 2 ¢6 dién tich bing 258 (phan
t6 mau trong hinh vé&). Dién tich hinh phing giéi han béi (C) va hai dudng

thang z = —1; z = 0 ¢6 dién tich bing
2 1 2 1
@z i ©5 R
Cdu 49. (THPT Tt Ky-Hai Duong-2018) Pit S 14 dién tich ciia hinh phéng giéi han bai do thi
clia ham s6 y = 4 — 22, truc hoanh va dudng thing z = —2, x = m, (=2 < m < 2). Tim sb gi tri

B . 25
cua tham so m de S = 3

(A)2. B)3. (©)4. D)1. .
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Cdau 50. (THPT Md Dbiic-Quang Ngai-2018) Trong hé truc toa

d6 Ozy, cho parabol (P) : y = x? va hai dudng thing y = aq,
y = b(0 < a < b) (hinh v&). Goi S 1a dién tich hinh phang giéi han
béi parabol (P) va dudng thang y = a (phan t6 den); (S,) 1a dién

tich hinh phéng gi6i han bdi parabol (P) va dudng thing y = b

(phan gach chéo). Véi dieu kién nao sau diy ctia @ va b thi S; = S?

@b:\?’/Za. b:\‘q/ﬁa. @b:\?’/ga.

Cau 51. (THPT Yén Khanh A-2018) Cho hinh phing giéi
x? V3 )

han béi Elip vy +y? =1, parabol y = 5T va truc hoanh

(phan t6 dam trong hinh vé&) c¢6 dién tich T' = %77 + 5\/3
a c

(v6i a,c € Z;b,d € N*; 5 13 cdc phan s6 t6i gian). Tinh

S=a+b+c+d.

(A)S =32. B)S = 10. (©)S =15

Cau 52. Cho ham 86 y = 23 + ax? + bx + ¢ (a,b,c € R) ¢ do thi (O)

vay = ma?+nx+p(m,n,p € R) c6 do thi (P) nhu hinh vé. Tinh dién
tich hinh phéng gi6i han béi (C) va (P) c6 gi tri ndm trong khoang

nao sau day?

(A)(0;1). B)(1;2). (©)(2;3). (D)(3;4).

Dang 2. Tinh thé tich khéi tron xoay

Cdu 53. (D& Minh Hoa 2017) K{ hiéu (H) 1a hinh phing giéi han béi dd thi ham séy = 2(z—1)e”,
truc tung va truc hoanh. Tinh thé tich V ctia khéi tron xoay thu duge khi quay hinh (H) xung

quanh truc Ox
AV =(*-5mr. BV=4-2)1. ([©OV=e-5 D)V =4—2e.

Cau 54. (THPT An Lao Hai Phong 2019) Goi V' 1a thé tich khéi tron xoay tao thanh do quay
2 2
xung quanh truc hoanh mot elip ¢c6 phuong trinh ;—5 + %6 = 1. V c6 gia tri gan nhat véi gid tri

nao sau day?
(A)550. (B) 400. (©)670. (D)335 .

Cau 55. (THPT Cam Giang 2 2019) Cho hinh phéng (H) gi6i han béi cac duong y = 22 — 2z,
truc hoanh va dudng thang z = 1. Tinh thé tich V hinh tron xoay sinh ra béi (H) khi quay (H)

quanh truc Ozx.
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47 167 m 157
@V—?. V—E. @v_? @v_?..
Cdu 56. (Chuyén Lé Quy Pon Quang Tri 2019) Cho hinh phing (D) duge giéi han béi hai dudng
y = 2(2>—1); y = 1 — 2% Tinh thé tich khéi tron xoay tao thanh do (D) quay quanh truc
Ozx.

64 32 327 64
T B T 5
Cdu 57. (Chuyén Bic Giang -2019) Cho hinh phang giéi han béi cdc dudng y = tanz, y = 0,

r=0,z= % quay xung quanh truc Oz. Thé tich ctia khéi tron xoay tao thanh bang:
3 1
@As. ®r(1-7). st O (5 +7)
4 2 2
Cdu 58. (Chuyén Lé Hong Phong Nam Dinh -2019) Cho hinh phing giéi han béi cdc dudng

y =z -2,y =0vaxr =9 quay xung quanh truc Ox. Tinh thé tich khéi tron xoay tao
thanh.
7 o m 117
V=-_. V= V=—. Vi=—m1..
@v = BV = ©v=- Dv =

Cau 59. (Chuyén Lé Quy Don Dién Bién 2019) Tinh thé tich ctia vat thé tron xoay dugc tao
thanh khi quay hinh (H) quanh Oz véi (H) dugc gidi han béi do thi ham sb y =v/4x — 22 va truc
hoanh.

3lm 327 34m 3bm

5 B3 5 e
Cdu 60. (Chuyén Nguyén TAt Thanh Yén Bai 2019) Cho hinh phing (H) giéi han béi do thi
y = 2x — 2% va truc hoanh. Tinh thé tich V' vit thé tron xoay sinh ra khi cho (H) quay quanh
O

x.
4 16 16 4

Cau 61. Tinh thé tich vt tron xoay tao béi mién hinh phang gi6i han
bdi d6 thi ham s6 y = 2+3, y = —v/= + 3, = 1 xoay quanh truc Oz.

@1 e
—.
2
g?’[‘ % i - - 0 1
2 , X
@ 417T ~—
— . y=-vr+3 3
3 ' 2
oOF
—.
3
Cau 62. (THPT Quang Trung Péng Pa Ha Noi 2019) Ky hiéu (H) 14 hinh phang giéi han bai
d6 thi ham s6 y = f(x) = v/z.€*, truc hoanh, duong théng z = 1. Tinh thé tich V ctia khoi tron

xoay thu duge khi quay (H) quanh truc hoanh.
1 1
AV =e? 1. BV =7(e2—1). @V:iwez—L @vzf(ehn..
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Cau 63. (THPT Yén Khénh-Ninh Binh 2019) Cho vat thé (7') gi6i han bdi hai mit phang
z = 0;z = 2. Cit vat thé (T) bsi mit phang vuéng géc véi truc Oz tai z (0 < = < 2) ta thu duge
thiét dién 14 mot hinh vudng c6 canh bang (x + 1) e®. Thé tich vat thé (T) bang
@M. %. @262. @27‘(’62. .
4 4
Cau 64. Cho hai mit cau (), (Ss) c6 cling ban kinh R = 3 thdéa man tinh chat tdm cta (S;)
thuoc (S;) va ngugce lai. Tinh thé tich V phan chung ctia hai khéi cau tao bai (S;), (Sa).
@V:iﬁ. V:‘liﬂ. @vzf @vz485..
Cdu 65. (Toan Hoc Tudi Tré-2018) Hinh phédng gioi han bai hai do thi y = |z| va y = 22 quay
quanh truc tung tao nén mot vat thé tron xoay cé thé tich bang
®7 g. i z.
Cadu 66. (Chuyén Nguyén Thi Minh Khai-S6c Trang-2018) Cho hinh Y
(H) gi6i han bdi do thi ham s6 y = \ggxg’, cung tron c¢6 phuong trinh 2
y = /4 — 22 (v6i 0 < 2 < 2) va truc hoanh (phan t6 ddm trong hinh
vé). Biét thé tich ctia khéi tron xoay tao thanh khi quay (H) quanh

0] 2 T
truc hoanh 1a V = (—3v3+ ), trong d6 a,b,e,d € N va 2, /

14 cac phén s6 t6i gian. Tinh P = a + b+ ¢ + d.

(A)P =52 (B) P = 40. (C) P = 46. (D) P = 34.

Cdu 67. (HSG Tinh Bic Ninh 2019) Cho hinh phang (H) dudc giéi han béi duong cong y =

m?2 — 22 (m 1a tham s6 khac 0) va truc hoanh. Khi (H) quay xung quanh truc hoanh dugc khoi

tron xoay c6 thé tich V. C6 bao nhiéu gia tri nguyén ciia m dé V < 10007.

(A)18. (B)20. (©)19. (D)21. .

Cau 68. Chohams6y = f (z) = ax®+ bz’ +cx+d, (a,b,c,d € R,a # 0) T et
6 dd thi (C). Biét rdng 46 thi (C) tiép xtic véi dudng thing y = 4 tai |
diém c6 hoanh d6 &m va do6 thi cia ham s6 y = f’(z) cho béi hinh vé
dudi day. Tinh thé tich vat thé tron xoay dudc tao thanh khi quay hinh
phing H gi6i han béi dd thi (C) va truc hoanh khi quay xung quanh truc -3
Ox.

A) ?;w. 3157r. (©)6r. (D)dép én khéc.
Cau 69. (THPT Gang Thép Thai Nguyén 2019) Goi V la thé tich v
khéi tron xoay tao thanh khi quay hinh phéng giéi han béi cdc duong
y = +/x,y =0vax = 4quanh truc Oz. DPuong thing z = a(0<a<4)
cat d6 thi ham s6 y = v/x tai M (hinh v&). Goi V; 1a thé tich khoi tron

xoay tao thanh khi quay tam gidc OMH quanh truc Ox. Biét rang
V =2V;. Khi d6
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@azQ. a:2\/§. @a:; @a:3.

Cau 70. (Chuyén Nguyén Trai Hai Duong 2019) Cho hinh phéng (D) giéi han bdi cdc dudng

y=1x—m,y=sinz vaxr=0. Goi V la thé tich khéi tron xoay tao thanh do (D) quay quanh
truc hoanh va V = pr?, (p € Q). Gid tri ctia 24p bang

(A)8. B)4. (©)24. D)12. .

x
Y= 2 4+9* < 16
Céu 71. Trong mit phing toa do Oxy, (Hy) : y = _:Lj , (Ha) o ¢ 2?4+ (y — 2)2 > 4. Cho
4
\132—4,37:4 x2+(y+2)224

(H,) , (H,) xoay quanh truc Oy ta dugc cac vat thé cé thé tich lan luot Vi, V. Dang thitc ndo sau
day dung.

BV = Vs, vlzivg OV = 2Va. DV = —vz .
Cdau 72. (THPT Chu Van An -Thai Nguyén-2018) Cho hinh thang ABC'D ¢6 AB song song C'D
va AB = AD = BC = a,CD = 2a. Tinh thé tich khdi tron xoay khi quay hinh thang ABC D
quanh truc 13 duong thang AB.

@§7m3. @ ;7?(13. @33_32\/§7m3. @mﬁ.

Cdu 73. (Chuyén Lé Hong Phong-Tphem-2018) Cho do thi | M

\/ .. 2. X . 2 e _P_f Y f{TJ
(C):y= f(x) =+/x. Goi (H) la hinh phang giéi han béi do thi //«*’ :
(C), duong thing z = 9 va truc Oz. Cho diém M thudce do thi |(/) : H : -
(C) va diém A (9;0). Goi V; 1a thé tich khéi tron xoay khi cho (H)

quay quanh truc Oz, V; la thé tich khéi tron xoay khi cho tam
gidc AOM quay quanh truc Oz. Biét rang Vi = 2V,. Tinh dién
tich S phan hinh phang giéi han béi do thi (C') va dudng thang OM.

A)s =s. S—ﬁ. @S:?)\f. D)s =

O W~
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1. SO PHUC

LY THUYET CO BAN

e Sé phiic z = a + bi c6 phan thuc 1 a, phan 40 13 b ¥

e 36 phiic lién hop z = a — bi va can nhé 2 = —1

e S6 phiic z = a + bi ¢ diém biéu dién 1a M (a; b)

— S6 phitc lién hop Z = a—bi c6 diém biéu dién N (a; —b)

— Hai diém M va N d6i xting nhau qua truc hoanh Oz

e Hai s6 phiic bang nhau khi thuc bang thuc va 4o bang &o.

e Mo dun ctia s6 phtic 2z 1a: |2| = Va2 + b2

W=z | m |2
2! |2/
B[z — ||| < |z + 2| < [z] + 7] B[z - 2| < |z =2 <z + [Z].

e Phép cong hai s6 phitc: Cho s6 phitic 2y =a +b-iva 2o = c+d-4. Khi d6

H4+zm=(a+b-i)+(c+d-i)=(a+c)+(b+d) i



146 1. SO PHUC

e Phép trit hai s phiic

zn—2z=(@@+b-i)—(c+d-i)=(a—c)+(b—d)-i

e Phép nhéan hai sd phiic
—z-zm=(a+b-1) (c+d-i) = (ac—bd) + (ad + bc) - i.
—k-z=k-(a+bi)=ka+ kbi.

e Phép chia hai s phiic

2 sz sz (at+bei)-(e—d-i)  (ac+bd) + (be—ad)i  ac+bd be—ad.

= = = = + 1.
2wz |z 2 + d? 2+ d? A+d> A+ d?

B) CAC DANG BAITAP CO BAN

Bi Dang 1.13. Xac dinh cac yéu t6 cd ban chia sé phirc

@ Loai 1: Xac dinh phan thuc, phan 3o cia s6 phirc

(¢ Vi du 1 (Ma 103 - 2022). Phan 4o ctia s6 phitc z = (2 —4)(1 + i) bang

A3 B)1. —1. 3.

(£ Vidu 2 (THPT 2021 — Lan 1 — M3 101). Phan thuc ctia s6 phtic z = 5—2i bang

A)s. B)2. ©-s. —2.
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(¢ Vidu 3 (THPT 2021 — Lan 1 — M3 102). Phan thuc ctia s6 phtic z = 6—2i bang

—2, B)2. ©s. —6.

(£ Vi du 4 (Ma 102-2020 Lan 2). Phan thuc ciia s6 phiic z = 3 — 4i bang

Aa)s3. B)4. ©)-3. 4

(¢ Vi du 5 (Ma 103-2020 Lan 2). Phan thuc ciia s6 phiic z = —5 — 4i bang

Aa)s. B)4. (©) —4. 5.

(¢ Vi du 6 (Ma 104 2018). S& phiic cé phan thiuc bang 1 va phan 4o bang 3 1a

A1 - 3i. B) -1+ 3i. (©1+3i. —1 - 3i.

(¢ Vi du 7 (Ma 103 -2018). S6 phitc 5 + 6i c6 phan thuc bang

—6. B)6. —5, D)5.
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(£ Vi du 8 (Ma 102 2018). S6 phiic ¢é phan thic bang 3 va phan 4o bang 4 1a

(A)3 + 4i. B)4 - 3i. (©)3 — 4i. (D)4 + 3.

(¢ Vi du 9 (Dé Tham Khao 2017). Ki hiéu a,b lan lugt 13 phan thuc va phan 4o cia sb
phtic 3 — 2v/2i. Tim a, b.
@a:?);b:ﬂ. a:3;b:—2\/§. @azS;sz. @a:3;b:2\/§.

(¢ Vi du 10 (Ma 101 2018). S6 phitc —3 + 7i c6 phan 4o bang:

@7. B -T. -3 D)3.

(¢ Vi du 11 (Ma 123 2017). S6 phiic nao dusi day 1a s6 thuan 4o.

@A)z =3+ Bz = -2 (©z=-2+3i D)z = 3i.
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(£ Vi du 12 (M3 105 2017). Cho s6 phtic z = 2 — 3i. Tim phan thuc a ctia 2?

@azQ. a:3. @a:—Q. @a:—B.

(£ Vi du 13 (THPT Cam Giang 2 2019). Cho s6 phiic z = 3 — 4i. Tim phan thuc va
phan 4o ctia s6 phiic z.
(A)Phan thyc 1a —4 va phan 4o 14 3i. (B)Phan thyc 13 3 va phin do 1a —4.
@Phén thuc 14 —4 va phan 3o 1a 3. @Phén thuc 1a 3 va phan 4o 1a —4i.

@ Loai 2. Xac dinh sb phic lién hgp, sé phirc déi, mddun cha sb phirc

(£ Vi du 14 (Dé minh hoa 2022). Mbdun ctia s6 phitc bang

(A)s. (B) 10. (©)10. (D)2v2.

(€' Vi du 15 (Ma 101-2022). Modun ciia s6 phiic 2z = 3 + 44 bang

(A)25. V7. (O)s. D)7.
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(¢ Vi du 16 (Dé Minh Hoa 2020 Lan 1). Moédun ciia s6 phitc 1 + 2i bang

@A)s. B) V3. ©) V5. D)3.

(¢ Vi du 17 (Dé Tham Khao 2020 Lan 2). S6 phiic lién hop ctia s6 phitc z = 2+i 1a

A)z=-2+i. B)z=-2-i. ©z=2-i. D)z=2+i.

(¢ Vi du 18 (Ma 101-2020 Lan 1). S6 phiic lién hgp ctia s6 phitc z = —3 + 5i la:

Az =-3-5i Bz =3+ 5i. (©)z=—3+5i. D)z = 3 - 5i.

@ Vi du 19 (Ma 102-2020 Lan 1). S6 phiic lién hop cita s phitc Z = —2 + 5i 1a

A)z=2-5i. B)z =2+ 5i. ©z=-2+5 D)z = -2 - 5i.

(¢ Vi du 20 (Ma 103-2020 Lan 1). S6 phitc lién hgp ctia s6 phtic z = 2 — 5i 1a

@)z =2+ 5. Bz = —2+5i. ©z=2-5i D)z =2 - 5i.
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(¢ Vi du 21 (Ma 104-2020 Lan 1). S phiic lién hop ctia s6 phitc z = 3 — 5i 1a

@)z = -3 -5i. B)z =3+ 5i. (©z=-3+5i D)z = 3 - 5.

(" Vi du 22 (Dé Minh Hoa 2017). Cho sb phtic z = 3 — 2i. Tim phan thuc va phan &o
clia s phiic z:

@Phén thuc bang 3 va Phan &o bang 2i.

Phén thuc bang 3 va Phan 4o bang 2.

(C)Phén thic bing —3 va Phan 4o bing —2i.

@Phén thuc bang —3 va Phan 4o bang —2.

(£ Vi du 23 (M3 104 2019). S6 phiic lién hop ctia s6 phtic z = 3 — 2i 1a.

(A)3 + 2. B)-3 - 2i. (©) -2+ 3i. (D)-3 + 2.

(¢ Vi du 24 (Ma 103-2019). S6 phtic lién hgp ctia s6 phtic 1 — 2 1a:

A)-1-2i. B)1+ 2i. ©—2+i. ~1+ 2.

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue



@ Vi du 25 (M3 104 2017). Cho sb phiic z = 2 + . Tinh |2|.

@)|z| = V5. ®)|z| = 5. ©lz| =2 D)z =

(£ Vi du 26 (M3 102-2019). S6 phiic lién hop clia s6 phtic 5 — 3i 1a

(A)—-3 + 5i. B) -5 — 3i. (©)5 + 3. —5+ 3.

(¢ Vi du 27 (Ma 101-2019). S6 phtic lién hgp ctia s6 phtic 3 — 44 1a

(A)3 + 4i. B) -4+ 3i. (©)-3—4i. —3 + 4.

(¢ Vi du 28 (THPT Gia Léc Hai Duong 2019). Cho s6 phtic z = 3 + 2i. Tim phan thuec
va phan 4o ctia sd phiic z.

@Phén thuc bang —3 va phan 4o bang —2.

Phﬁn thuc bang 3 va phan 4o bang —2.

@Phén thuc bang 3 va phan 4o bang —2i.

@Phén thuc bang 3 va phan 4o bang 2.
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(¢’ Vi du 29. Cho sb phiic z = 3 — 2i. Tim phan thuc va phan 4o ctia sd phiic z.
@Phén thuc bang 3 va phan 4o bang 2i.
Phén thuc bang —3 va phan &o bang —2.
@Ph?m thuc bang —3 va phan &o bang —2i.
@Phén thuc bang 3 va phan 4o bang 2.

(¢ Vi du 30 (Chuyén Ha Long 2019). S6 phtic déi ctia z = 5 + 7i 1a?

@)z =5+Ti. B—2=-5-7. ©-2=-5+7. ({D-2=5-T.

(" Vi du 31 (Chuyén Son La 2019). S6 phtic lién hop ctia s6 phtic z = 1 — 2i 13

A)z=1+2i B)z=2-1i. ©Oz=-1+2. D)z =-1-2i

(¢ Vi du 32 (Chuyén Lé Héng Phong Nam Dinh 2019). S6 phiic lién hop ctia sé phiic
z2=0+06: la

Az = -5+ 6. B)z = -5 — 6i. (©z=6- 5. D)z =5 - 6i.
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(¢ Vi du 33 (Chuyén Lé Quy D6n Dién Bién 2019). Cho s6 phitc z = 2 — 3i. S6 phiic
lién hop ctia s6 phitc z 1a:

A)z=3—2i. B)z =3+ 2i. ©z=-2-3i D)z = 2+ 3i.

B Dang 1.14. Biéu dién hinh hoc cd ban ciia sé phirc

(€' Vi du 1 (D& minh hoa 2022). Trén mit phang toa dd, cho M(2;3) la diém biéu dién

ctia s6 phitc z. Phan thuc ctia z bang

A)2. B)3. ©-3. -2,

(¢ Vi du 2 (M3 101-2022). Trén mit phing toa do, diém bidu dién sé phitc z = 2 — 7i ¢6
toa do la

A)(2;7). B)(-2;7). ©)(2;-7). D)(-7;2).

(¢ Vi du 3 (M3 103 - 2022). Trén mat phing toa do, diém biéu dién sé phic z = 2+ 7i
c6 toa do la

A)(2;-7). B)(2;7). ©)(7;2). D)(-2;-7).
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A5 + . B)3 + 2i. ©)1 +4i. D)3 + 4.

(£ Vidu 5 (THPT Quéc Gia 2021 — Lan 1 — Ma 102). Trén mit phang toa dd, diém
M(—3;2) la diém biéu dién ctia s6 phiic nao dudi day?

(A)zs = 3 —2i. Bz = 3+ 2i. ©n=-3-2. [D)zn=-3+2i

(¢ Vidu 6 (THPT Qubc Gia 2021 — Lan 1 — Ma 102). Trén mit phang toa dd, diém
M (—3;4) 1a diém biéu dién s6 phtic nao dudi day

(A)zy = 3+ 4i. Bzs=-3+4.  ©Cu=-3-4 D)z =3-4.

(¢ Vi du 7 (Dé Minh Hoa 2020 Lan 1). Trén mit phing toa do, diém biéu dién sb phitc
z = (1 + 2i)* 1a diém nao duéi day?

(AP (—3;4). B)Q (5;4). (©N (4;-3). D)M (4;5).
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(£ Vi du 8 (P& Tham Khao 2020 Lan 2). Trén mit phang toa do, diém biéu dién sb phitc
z = —1 4 2i la diém nao dudi day?

@AQ (1;2). B P (-1;2). ©N (1;-2). DM (-1;-2).

(£ Vidu 9 (M3 101-2020 Lan 1). Trén mit phing toa do, biét M (—3;1) la diém biéu

dién s6 phiic z. Phan thuc cia 2z bang

@1 B -3. 1. (D)3.

(¢ Vi du 10 (M3 102-2020 Lan 1). Trén mit phang toa do, biét M(—1;3) 1a diém biéu

dién s6 phtic z. Phan thuc ctia z bang

A3 B -1. ©-3. D)1.

(¢ Vi du 11 (M3 103-2020 Lan 1). Trong mit phing toa do, biét diém M(—2;1) 1a diém

biéu dién s6 phtic z. Phan thuc clia z bang:

Aa)-2. B)2. ©)1. D)-1.
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(¢ Vi du 12 (M3 102-2020 Lan 2). Trén mit phing toa do, diém nao duéi day 1a diém
biéu dién s phitc z =1 — 2i?

(A)Q(1;2). B)M (2;1). ©P(—2;1). DN (1;-2).

(¢ Vi du 13 (Ma 103-2020 Lan 2). Trén mit phiang toa do, diém nao duéi day 1a diém
biéu dién ctia sé phiic z = 3 — 24?

(AP (-3;2). B)Q (2;-3). (©N (3;-2). D)M (-2;3).

(£ Vi du 14 (M3 104-2020 Lan 2). Trén mét phiang toa do, diém nio dusi dy 1a diém
biéu dién s6 phitc z = —1 + 247

(AN (-1;2). B)P (2;—1). ©Q(-2;1). DM (1;-2).

(¢’ Vi du 15 (Dé Tham Khao 2018).
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Diém M trong hinh vé bén 1a diém biéu dién s6 phiic y
Az=14+2 Bz=1-2% ©z=2+i. {Dz=-2+i
_____ 1
|
|
2 Q x
(¢’ Vi du 16 (Dé Tham Khao 2019).
Diém nao trong hinh vé bén la diém biéu dién ciia sb phitc z = .
$mme 2
—1+ 27 P'____;______L _______ A
@P. B M. ©0. (D)N. S S
--------- ‘ﬂ]
(¢ Vi du 17 (M3 110 2017).
S6 phitc nao dudi day c6 diém biéu dién trén mit phing toa do la diém g
M nhu hinh bén? Mpooooe ]
Wan=1-2 Bzn=1+2% ©Ozn=-2+i Dzu=2+i — G
[ (¢’ Vi du 18. ]
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Diém M trong hinh vé bén 1a diém biéu dién ctia sd phitc z. Tim phan thue ¥
va phan 4o ctia sd phiic z. ] 3
(A)Phén thie I 3 va phan 4o 1a —4i. o
(B)Phan thic 1a 3 va phan 4o la —4. o
N A M
(C)Phén thyc 1a —4 va phan do 1 3i.
(D)Phan thyc 13 —4 va phan 4o 14 3.
(¢ Vi du 19 (THPT Hung Vuong Binh Phudc 2019).
Trong hinh vé bén, diém M biéu dién sb phiic z. S6 phitc % la: A
(A)1 - 2i. B)2+:i. (©)1+2i. D)2 —i. | M
0 2 X
@ Vi du 20.
Diém nao & hinh vé bén biéu dién sb phitc z = 3 — 2i? i
M. %N
@ ®N. ©r. De. mm
) B Y
2 «Q
(¢ Vi du 21 (THPT Quynh Luu 3 Nghé An 2019). Diém biéu dién hinh hoc ctia s6 phiic
z = 2 — 3i 1a diém nao trong céc di¢m sau day?
(A)M (-2;3). B)Q (-2;-3). (©N (2;-3). D)P(2;3).
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(£ Vi du 22 (THPT Lé Quy D6n Da Nang 2019).
Sé phitc nao dudi day c6 diém bidu dién trén mit phing toa do
14 diém M nhu hinh vé bén?

@W1-2i.  Bi+2 ©i-2. D)1+ 2i.

¥

(@ Vi du 23 (Thanh Héa 2019).

Diém M trong hinh vé bén dudi biéu thi cho sé phiic

(A)3 + 2i. B)2 - 3i. (©) -2+ 3i.

(¢’ Vi du 24 (Chuyén Lam Son Thanh Héa 2019).

Diém M trong hinh vé bén biéu dién s6 phtic z. Chon két luan
ding ve s6 phic z.
Az =3+ 5i.
©z=3-5i

B)z = —3 + 5i.
D)z = -3 - 5i.

M
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(¢' Vidu 25 (Dé Thi Cong B%ng KHTN -2019).

Diém M trong hinh vé la biéu dién hinh hoc ctia ) phitc nao
n |

dudi day? 5 —
@2:2—2'. 2:2—1—2'. -1} _________ -:‘4
©z=-1+2. D)z =—1-2i.

(¢’ Vi du 26 (S& Binh Phuéc 2019). S6 phiic nao sau diay c6 diém biéu dién la
M(1;-2)?

(A)-1—2i. B)1+ 2i. ©)1-2i. —2+1.

(¢ Vi du 27. Trong mit phing toa do Ozy, diém bidu dién ctia hai s6 phitc d6i nhau la
@hai diém d6i xting nhau qua gbc toa d6 O.
hai diém d6i xting nhau qua truc hoanh.
@hai diém d6i xiing nhau qua truc tung.
@hai diém déi xtmg nhau qua dudng thing y = z.
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162 1. SO PHUC

@ Vi du 28.

Diém nao trong hinh vé dudi day 13 diém biéu dién sb phitc lién va
hop ciia s phitc z = —3i + 27 y —
@M. ®N. ©e. DP.
: P
3: 7] 12
i
I[P
(¢’ Vi du 29 (THPT Hung Vuong Binh Phuéc 2019).
Trong hinh vé bén, diém M biéu dién sb phtic z. S6 phic Z 1a: Y
(A)1 - 2i. B)2+i. (©)1+2i. D)2 —i. | M
o 2 X

(¢ Vi du 30. Trong mit phang toa d6 Ozy, 3 diém A, B, C lan luct 1 diém biéu dién cia
ba s6 phitc 21 = 3 — 7i, 20 = 9 — 5i va 23 = —5 + 9i. Khi d6, trong tdm G 1a diém bicu dién

cua so phitc nao sau day?

z=1-—9. z =3+ 3. zzz—z’. z =24+ 2.
® ® ©@:-1

Bi Dang 1.15. Thuc hién cac phép tinh cong, trir, nhan, chia co ban chia sé phirc
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Chuyén d& 2. SO PHUC 163

@ Loai 1. Phép tinh cong trir 2 s6 phirc

(¢ Vidu 1l (MD 102- BGD&DT - Nam 2022). Cho 2 s6 phiic z; = 2+ 3i va 29 = 1 — .
S6 phitc 2, + 2, bang

(A)3 + 4i. B)1 + 4i. ©z=5+i. (D)3 + 2i.

(¢’ Vi du 2 (D& THPT Quéc Gia 2021 - Lan 1 - M3 102). Cho hai sb phtic z = 5 + 2i
va w = 1 — 44. S6 phiic z + w bang

(A)6 + 2i. B)4 + 6. (©)6—2i. —4 — 6i.

(" Vi du 3 (D& Minh Hoa 2020 Lan 1). Cho hai sb phitc z; = —3 414 vd 2o = 1 —i Phan

a0 cua so phiic z; + Z3 bang

0 B)2i. (©)2. 9.

(¢ Vidu 4 (MD 103- BGD&DT - Dot 2- Nam 2021). Cho hai s6 phiic z = 2 + 3i va
w = 1—1i. S6 phtic z — w bang

(A1 + 4i. B)—1— 4. (©)3 + 2. D)5 +i.
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(¢ Vidu 5 (MD 104- BGD&DT - Dgt 2- Nam 2021). Cho hai s6 phtic z = 3 + 2i va
w =1 — 4. S6 phiic z — w bang

(A2 + 3i. B)4+1. (©) -2 - 3i. D)5 — .

@ Vi du 6 (MD 104- BGD&DT - Dgt 1- Nam 2021). Cho hai s phitc z = 3 + 2i va
w = 1 — 44. S6 phitc z + w bang

(A)4 +2i. B)4 - 2i. (©)—2 - 6. D)2 + 6.

(¢ Vidu 7 (MD 101- BGD&DT - Dgt 2- Nam 2021). Cho hai s6 phiic z = 3 + 4i va
w=1—14.S6 phitc z —w 13

A7 +:. B)-2 - 5i. (©)4+3i. (D)2 + 5i.

(¢ Vi du 8 (MD 101- BGD&DT - Dot 1- Nam 2021). Cho hai s6 phiic z = 4 + 2i va
w = 3 — 44. S6 phitc z + w bang

(A1 + 6i. B)7 - 2i. (©)7+2i. —1 - 6i.
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Chuyén d& 2. SO PHUC 165

(¢ Vi du 9 (MD 104- BGD&DT - Dgt 1- Nam 2020- 2021). Cho hai s6 phtic z = 3+2i

va w = 1 — 4i. S6 phiic z + w bang

(A)4 +2i. B)4 — 2i. (©)—2 - 6i. (D)2 + 6.

(¢ Vi du 10 (Dé Tham Khao 2020 Lan 2). Cho hai s6 phtic 2; = 2+ i va 25 = 1 + 3i.

Phan thuc ciia sd phiic z; + 2, bang

@1 B)3. ©)4. —2.

(¢’ Vi du 11 (Ma 101-2020 Lan 1). Cho hai s6 phtic z; = 3 — 2i va 25 = 2 +i. SO phiic

21 + 29 bzing

A5 + . B)—5+:1. ©5—i. —5 — i,

(¢ Vi du 12 (Ma 103-2020 Lan 1). Cho hai s6 phiic 2; = 1 — 2i va 2, = 2 + 4. S6 phtic

Z1+ 29 bzbmg

(A)3 +. B)-3—i. (©3-i. ~3+1.
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(¢ Vi du 13 (M3 104-2020 Lan 1). Cho hai s6 phitc 2; = 1 — 3i va 2, = 3 + 4. S6 phtic
21 + 29 bzbmg.

(A)4 - 2i. (B) 4+ 2i. (©)4+ 2. (D)-4 — 2i.

(¢ Vi du 14 (M3 102-2020 Lan 2). Cho hai s6 phitc 2; = 1+ 2i va 2, = 4 — 4. S6 phtic

21 — 2z bang

(A3 + 3i. B)—3 - 3i. (©) -3+ 3i. (D)3 — 3i.

(¢ Vi du 15 (Ma 103-2020 Lan 2). Cho hai s6 phtic z; = 1 — 3i vA 2o = 3 + i. S6 phiic

21 — z bang

(A)—2 — 4. B)2 — 4i. (©)—2+ 4. (D)2 + 4i.

(¢ Vi du 16 (Ma 104-2019). Cho hai s6 phitc z; = 2 — i v 2, = 1 4 i. Trén mét phang

toa d6 Ozy, diém biéu dién ctia s6 phic 221 + 22 ¢6 toa do la

(A)(0;5). B)(5;—1). ©)(-1;5). D)(5;0).
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(¢ Vi du 17 (Ma 104-2020 Lan 2). Cho hai s6 phiic 2; = 3 — 2i va 2, = 2 + 4. S6 phtic
21 — 2o b?mg

(A)—1 + 3i. B)—1 - 3i. (©)1+3i. D)1 - 3i.

(¢ Vi du 18 (Ma 103-2019). Cho hai s6 phtic z; = 1 44 v 2, = 2 + 4. Trén mit phang

toa d6 Ozy, diém biéu dién sb phiic z; + 225 ¢6 toa d6 1a

(A)(3;5). B)(5;2). ©(5;3). D) (2;5).

(£ Vi du 19 (M3 123 2017). Cho 2 s6 phiic z; = 5 — 7i va 2 = 2+ 3i. Tim s6 phiic

Z = 2z + 29.

(A)z =3 —10i. B)14. ©z=17-4. D)z = 2+ 5i.

(¢ Vi du 20 (Dé Minh Hoa 2017). Cho hai s6 phtic 2; = 1+ va 2, = 2— 3i. Tinh m6dun
clia s6 phiic 21 + 2

@‘Zl+z2’:5' B) |21 + 22| = V5. @’»7«'1‘1‘22‘:1- @|21+z2\:\/1_3.
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(¢ Vi du 21 (Ma 110 2017). Cho hai s6 phiic 2; = 4 — 3i va 25 = 7 + 3i. Tim s6 phtic

Z =2z — Zo.

(A)z=-3-6i. Bz = 11. ©z=-1-10i. (D)z=3+6i

(¢’ Vi du 22 (Ma 104 2017). Cho s6 phiic 2; = 1 — 2i, zp = —3 + i. Tim diém biéu dién
ctia s6 phiic z = z; + 2o trén mit phing toa do.

(A)M (2; -5). B) P (-2;-1). ©Q(-1;7). (D)N (4;-3).

(" Vi du 23 (Ma 104 2017). Tim s6 phtic z théa man z + 2 — 3i = 3 — 2i.

@A)z =5 - 5i. B)z=1-i. ©z=1-5i Dz=1+i.

(' Vi du 24 (Ma 105 2017). Cho hai s6 phtic 2y = 1 — 3i va 29 = —2 — 5i. Tim phan &o
b clia s6 phitc z = z; — 2.

(Wb = -3. B)b=2. ©b=-2. D)b =3.
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@ Vi du 25 (Chuyén Phan B&i Chau Nghé An 2019). Cho hai s6 phitc 2 — 1 +4 va
2y = 2 — 3i. Tinh médun ciia s6 phitc 21 + 2.

Az + 2| = 1. Blzn+2=v5 ©la+z=vi3. DOxn+zl =5

(¢ Vi du 26 (Chuyén Lé Hong Phong Nam Dinh 2019).

Goi z1, 25 1an lugt ¢6 diém bidu dién 1a M va N trén mit phing yA
phitc 6 hinh bén. Tinh |z + 25| 21

(A)2+/25. B)20. ©)2v5. (D)116. o i E

Loai 2. Phép tinh nhan, chia 2 s6 phirc

-

(£ Vi du 27 (Dé minh hoa 2022). Cho s6 phitc z = 3 — 2i, khi d6 2z bang;

(A)6 — 2i. B)6 — 4i. (©)3 — 4i. —6 + 4.

(¢’ Vi du 28 (Dé minh hga 2022). Cho s6 phiic z théa man i - z = 5 + 2i. Phan 4o clia z

bang

A)s. B)2. ©-s. D)-2.
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(¢ Vi du 29 (Dé Tham Khao 2020 Lan 2). Cho hai s6 phitc 2 = 3 —i va 25 = —1 + 1.

Phan 4o cta so phiic 2125 bang

(A)4. B)4i. ©-1. (D)—i.

(¢ Vi du 30 (THPT 2021 - Lan 1 — M3 102). Cho s6 phtic z théa man iz = 6 + 5i. S6

phttc lién hop cuia z 1a

Az =5-6i. B)z = —5+6i. (©z=5+6:. D)z = -5 - 6i.

(¢ Vi du 31 (THPT 2021 - Lan 1 — M3 102). Cho sb phtic z thda man iz = 5 + 4i. S6

phiic lién hop cuia z 1a

(A)z =4+ 5i. B)z =4 — 5i. (©z = —4+5i. D)z = —4 - 5i.

(¢’ Vi du 32 (Ma 101-2020 Lan 1). Cho hai s6 phiic z = 1 + 2i vA w = 3 +i. Mddun ctia

s6 phtic z.w bang

(A)5v/2. (B) v/26. (©)26. (D)50.
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(¢’ Vi du 33 (Ma 102-2020 Lan 1). Cho hai s6 phtic 2 = 2 +2i va w = 2 +1i. Mo dun ctia
s6 phiic z - w bang

(A)40. B)s. (©)2v2. (D)2V/10.

(¢" Vi du 34 (Ma 103-2020 Lan 1). Cho hai s6 phitc z =4 + 2i va w = 1 +i. Médun ctia
s6 phitc z.w bang

A)2v2. B)s. (©)2v10. (D)40.

(¢ Vi du 35 (Ma 104-2020 Lan 1). Cho hai s6 phitc z = 1+ 3i va w = 1 +i. Modun ctia
s6 phtic z.w bang

(A)2v/5. B)2v2. (C)20. (D)s.

(¢’ Vi du 36 (Ma 102-2020 Lan 2). Cho s6 phitc z = 2 — i, s6 phitc (2 — 3i) Z bang

(A)—1 + 8i. B) -7 + 4i. ©7— 4. D)1 + 8.
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(£ Vi du 37 (Ma 103-2020 Lan 2). Cho sb phiic z = —2+ 3i, s6 phtic (1 4 4) Z bang

A)-5—i. B)—1+5i. (©)1 - 5i. D)5 — .

(¢ Vi du 38 (Ma 104-2020 Lan 2). Cho sb phiic z = —3+2i, s6 phtic (1 — i) Z bang

(A) -1 — 5i. B)5—i. ©)1 - 5i. —5 +1.

(¢’ Vi du 39 (Pé Minh Hoa 2017). Cho s6 phiic z = 2 + 5i Tim s phtic w =iz + %

Aw=-3-3i. Bw=3+7i. Quw=-7-7. Dw=7-3i

@ Vi du 40 (D& Tham Khao 2017). Tinh modun ciia sb phtte =z biét z =
(4 — 3i) (1 +9).

@)+ = 5v2. ®: = v2 ©ll=25v2. Dl =7v2
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(£ Vi du 41 (M3 110 2017). Cho s6 phtic z = 1 — i +43. Tim phan thuc a va phan 4o b

cua z.

A)a=1,b=0. B)a=0,b=1. ©a=1b=-2. [Da=-2b=1

(¢’ Vi du 42 (Ma 123 2017). Cho s6 phudc z = 1 — 2i Diém nao dudi ddy 1a diém biéu

dién s6 phtic w = iz trén mit phang toa do

(A)Q(1;2). B)N (2;1). ©P(-2;1). DM (1;-2).

(¢ Vi du 43 (Dé Tham Khao 2017).
Trong mit phing toa do, diém M 13 diém bidu dién ciia sb phic 2. y

Diém nao trong hinh vé 1 diém biéu dién ctia sé phitc 227

(Abiém Q.  B)biém E.  (O)biém P.  (D)DiémN. 9 T

(£ Vi du 44 (Ma 101-2019). Cho hai s6 phtic z; = 1 — i v& 2, = 1 + 2. Trén mit phang

toa d6 Ozy, diém biéu dién sb phiic 321 + 2 ¢6 toa d6 la:

(A)(1;4). B)(-1;4). © (4;1). (D) (4; —1).
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(£ Vi du 45 (Ma 102-2019). Cho hai s6 phtic z; = —2 4+ vA 2, = 1 + i Trén mit phang

toa d6 Ozy, diém biéu dién sb phiic 221 + 2 ¢6 toa d6 1a

A)(-3;3). B)(-3;2). ©)(3;-3). D)(2;-3).

(¢ Vi du 46. Tim s6 phiic lién hop ctia s6 phitc 2z =i (3i + 1).

(A)z =3+i. B)z=-3—1i. ©z=3-1i. D)z =-3+i.

(¢ Vi du 47 (THPT Cam Giang 2 2019). Cho sb phtic z théa man z (1 +2i) = 4 — 3i.

Tim sb phic lién hop Z cla 2.

=2 11, _ 2 11, _ =2 11, _ 2 11,

(" Vi du 48. Cho s6 phtic z théa man z (1 + i) = 3 — 5i. Tinh mdédun clia 2

Az = V17 2| = 16. ©)]2| = 17. D)|z| = 4.
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(Z Vi du 49 (Chuyén Lé Quy Dén Quang Tri 2019). Cho sé phitc z = (1 — 2i)>. Tinh

mo dun ctia s6 phic pt
1 1 1
L ®5. L RS

(¢ Vi du 50 (KTNL GV Ly Thai Té 2019). Cho s6 phitc z = (1 — z')2 (1+ 2i). S6 phiic z
c6 phan 4o la:

Aa)2. B 2. ©)4. —2i.

> PNt 2 L
(¢ Vi du 51 (KTNL GV Thuan Thanh 2 Bac Ninh 2019). Cho sb phiic 2 = 1— 52' Tim

s6 phitc w = iz + 3z.

@Wzi. Wzi—f—i. ©W2130. @w:l??—i—i.

(¢ Vi du 52 (THPT Yén Phong S6 1 Bac Ninh 2019). Cho s6 phtic z = —2 + 4. Diém
nao dudi day 14 bicu dién ctia s6 phitc w = iz trén mat phang toa do?

A)M (-1;-2). B)P (-2;1). (©N (2;1). D)Q (1;2).
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(¢’ Vi du 53 (Chuyén Bac Giang 2019). Cho s6 phitc z = 1 + 2i. Tim tong phan thuc va

phan 4o ciia sb phitc w = 2z + Z.

@3. 5. @1, @2_

(£ Vi du 54 (Chuyén KHTN 2019). Cho sb phiic z khac 0. Khang dinh nao sau day la
sai?

@g 14 s6 thuan &o. 2.2 1a sb thuc. @z + 7 1a s6 thue. @z — 7z 1a s6 ao.

(¢ Vi du 55 (Chuyén Lam San Thanh Héa 2019). Cho hai s6 phiic 2; = 1 + 2i va 29 =

3 — 44. S6 phitc 221 + 322 — 2122 14 56 phitc nao sau day?

(A)10i. (B) —10i. (©)11 + 8. (D)11 — 10i.

(¢’ Vi du 56 (THPT Gia Loc Hai Duong Nam 2019). Tim toa d6 diém M la diém biéu
dién s6 phitc z biét z théa man phuong trinh (1 + )%z = 3 — 5i.

(A)M (—1;4). B)M (—1;—4). (©) M (1;4). D)M (1; —4).
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(¢ Vi du 57 (Chuyén Luong Thé Vinh Dong Nai 2019). Cho s6 phiic z théa man
(1+ 3i) z — 5 = 7i Ménh dé nao sau day ding?
3

1 4 _ 13 4. _ 13 4. _ 13 4.
@ _E—gz, z_ E—i—gz. @z- = 52. Z_E—'—SZ'

N

(2-3i) (4—i)

(' Vi du 58 (Chuyén L& Quy Dén Quang Tri 2019). Cho s6 phiic z = 540
i

Tim toa do diém bidu dién ctia sb phiic z trén mit phing Ozy.

(A)(1;4). B)(—1;4). (©)(-1;-4). D)(1; —4).

(¢ Vi du 59 (Chuyén Ha Long 2019). Cho z; = 2 + 44, 20 = 3 — 5i. X4c dinh phan thuec

clla w = 21.23°

(A)—120. B)-32. (C)ss. —152.

(¢’ Vi du 60 (Chuyén Bac Giang 2019). Cho s6 phtic z thda man phuong trinh (3-+2i)z +
(2 —14)2 =4 +i. Tim toa do diém M bicu dién s phiic z.

A)M (-1;1). B)M (-1;-1). (©) M (1;1). D)M (1;-1).
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(¢ Vi du 61 (Chuyén Dai Hoc Vinh 2019). Cho s6 phitc z thoa man (1 — \/gz)2 z2=4-—

3i. Modun ctia z bang
5 5 2 4
@Z. 5. g. g.

» X 2 o 3 ) 2 bY N
(¢ Vi du 62 (THPT Ngbé Quyen-Quang Ninh-2018). Cho z = j:l Tong phan thuc va
T+

phan 4o cua z 1a

2r — 4 4o + 2 4o — 2 2xr+ 6
@ 2 2 ©:p2—|—1’ @x2+1’

Bi Dang 1.16. Phuong trinh bac hai trén tap sé phirc

Xét phuong trinh bac hai véi a # 0 c6: A = b? — 4ac.

b

e Néu A = 0 thi (x) c6 nghiém kép: 2; = 2, = ~og"
a

—b+6

e Néu A # 0 va goi 0 1 can bac hai A thi (*) c6 hai nghiém phan biét: 2; = Vzg =
—b—20

2a

e Luuy

N b c
— Hé thic Viét van dung trong truong phiic C: z; + 20 = —— va 2129 = —.
a a

— (C&n bac hai cia s6 phiic z = x + yi 1a mot s6 phitc w va tim nhu sau:
—Patw=vz=Vr+yi=a+bivéiz,y,abecR.

2 b2_
—wr=z+yi=(a+bi) & (@ V) +2abi=x+yi &
2ab =y

€3 https://fb.com/toanthayhoangblue Gido vién: Hoang Blue - 0931.568.590



Chuyén d& 2. SO PHUC 179

— Giéi hé nay vo6i a,b € R sé tim dugc avab = w=+/2=a+bi

(£ Vidu 1 (THPT Phan Bgi Chau-Nghé An -2019). Goi 2;; 2o 1a hai nghiém cla
phuong trinh 22 4 2z + 10 = 0. Tinh gia tri biéu thitc A = |z|* + | 20|

(A)10v/3. B)5v2. (©)2v10. (D)20.

(¢ Vi du 2 (SGD va BT Da Nang 2019). Nghiém phitc c¢6 phan &o duong ctia phuong
trinh 22 —22+5=013

(A1 +2i. B)—1+2i. (©-1-2i. D)1 - 2i.

(¢ Vi du 3 (Ma 101-2020 Lan 1). Goi 2y 1a nghiém phitc c6 phan 4o duong clia phuong

trinh 22 + 62 + 13 = 0. Trén mat phing toa do, diém bidu dién sb phiic 1 — 2o 13

AN (-2;2). B) M (4;2). © P (4;-2). DQ (2;-2).

(¢" Vi du 4 (Ma 103-2020 Lan 1). Cho z, la nghiém phitc c6 phan 4o duong ctia phuong

trinh 22 + 4z 4+ 13 = 0. Trén mat phing toa do, didm bidu dién cia sb phitc 1 — 2 1a

(A)P(-1;-3). B) M(-1;3). (O N(3;-3). D)Q(3;3).
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(" Vi du 5 (Ma 104-2020 Lan 1). Goi z, la nghiém phtic c6 phan do duong ctia phuong

trinh 22 — 4z + 13 = 0. Trén mit phing toa do, diém bidu dién ciia sb phitc 1 — 2 1a

(A)M (3; -3). B)P(-1;3). ©Q1;3). D)N (-1;-3).

(¢ Vi du 6 (Ma 102-2020 Lan 2). Goi 21 va 25 13 hai nghiém phtic ctia phuong trinh 2% —
z+3 =0. Khi d6 |2,| + || bang

@AV3. B)2v3. @ (D)3.

(¢ Vi du 7 (Ma 103-2020 Lan 2). Goi 2; va 2 1 hai nghiém phiic ctia phuong trinh 2% —
z+2=0. Khi d6 |2| + |2| bang

@:2. B4 ©2v2. D)Ve.

(¢ Vi du 8 (Ma 104-2020 Lan 2). Goi 2, 2 1a hai nghiém phiic ctia phuong trinh 2% +
z+43 = 0. Khi @6 |21| + |2]|. bang

A)s3. B)2v3. ©) V3. (D).
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(¢ Vi du 9 (Dé Tham Khao 2020 Lan 2). Goi z, 1a nghiém phtic c6 phan do am cta
phuong trinh 22 — 2z + 5 = 0. M6dun cta sb phtic 2z, + 7 bang

Aa)2. B V2. (©) v10. (D)10.

(£ Vi du 10 (M3 104 2017). Ki hiéu 21, 2z, 1a hai nghiém ctia phuong trinh 22 + 4 = 0.
Goi M, N lan luot 14 diém biéu dién ctia 2y, 2, trén mat phang toa do. Tinh T = OM +ON

véi O 1a gbe toa do.

AT =s. B)4. ©T=v2 DT = 2.

(¢ Vi du 11 (Ma 123 2017). Phuong trinh nao dudi didy nhan hai sb phittc 1 4 /2i va
1 — +/2i 1a nghiém.

A)2+2:43=0. B)2-2:43=0. (©)22+2:-3=0. (D)22—2:-3=0.

(£ Vi du 12 (M3 110 2017). Ki hiéu zy, 29 1a hai nghiém phtic ctia phuong trinh 322 — 2 +
1 =0. Tinh P = |z1| + |22|-

@Pzg. P:\/;. @P:Q\f. @P:‘/f.
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(£ Vi du 13 (Ma 102-2019). K{ hiéu zy, 29 14 hai nghiém phtic ctia phuong trinh 2% — 6z +

14 = 0. Gi4 tri ctia 22 + 22 bang

(A)36. B)s. (©)2s. (D)18.

(£ Vi du 14 (M3 104-2019). Goi 2y, 29 1a hai nghiém phiic ctia phuong trinh 2% —42z+7 = (
Gid tri clia 22 + 22 bang

Aa)2. B)s. (©)16. (D)10.

(¢ Vi du 15 (Dé Tham Khao 2017). Ki hiéu z;; 2, 1a hai nghiém ctia phuong trinh 22 +
z+1=0. Tinh P = 22 + 22 + 21 2.

AP =2 B)P=-1. ©P=0. D)P=1.

(¢ Vi du 16 (Dé Tham Khao 2019). Ki hiéu z; va z la hai nghiém phtic ctia phuong
trinh 22 — 32 + 5 = 0. Gid tri clia |2;| + |22| bang:

(Aa)10. B)2V/5. (© V5. (D)3.
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(¢’ Vi du 17 (M3 105 2017). Ki hiéu 21, 2 1a hai nghiém phiic ctia phuong trinh 22 — 2 +

1 1
6=0. Tinh P=—+ —.
21 z9

1 1 1
6. _6. @6. ﬁ.

(¢ Vi du 18 (Pé Tham Khao 2018). Goi z; va 2z, 1a hai nghiém phiic ctia phuong trinh
42% — 4z 4+ 3 = 0. Gi4 tri clia biéu thitc |2;| + |22| bang:

(A)3v2. B)2v3. (©)3. (D) V3.

(¢’ Vi du 19 (M3 103-2019). Goi zy, 25 1a 2 nghiém phtic ctia phuong trinh 22 —4z+5 = 0.
Gi4 tri ctia 22 + 22 bang

(A)16. (B)26. (6. (D)s.

(¢’ Vi du 20 (M3 101-2019). Goi zy, 29 14 hai nghiém phiic ctia phuong trinh 2% —62z+10 =
0. Gia tri ctia 22 + 22 bang:

(A)16. (B)56. (C)20. (D)26.
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L .......................................................................................... J

@ Vi du 21 (Chuyén Phan Bdi Chau Nghé An 2019). Goi z.; 2, la hai nghitm ciia
phuong trinh 22 4 2z + 10 = 0. Tinh gid tri bicu thitc A = |2]* + |2o]*..

(A)10V/3. B)5v2. (©)2v/10. (D)20.

(¢’ Vi du 22 (Chuyén Son La 2019). Ky hiéu 2y, 29 14 nghiém ctia phuong trinh 2%+ 2z +

10 = 0. Gi4 tri clia |2y . | 2| bang

A)s. 2 (©)10. (D)20.

(¢’ Vi du 23. Ki hiéu z;, 2 1a hai nghiém phtic ctia phuong trinh 22 = —3. Gi4 tri clia

|21] + |22 bang

(A)s6. B)2v/3. (©)s3. (D)V53.

(¢ Vi du 24 (THPT Gia Loc Hai Dudng 2019). Goi z, 2z 1a cdc nghiém phtic cta
phuong trinh 2% — 82 4+ 25 = 0. Gid tri |2, — 22| bang

A)s. B)3. (©)s. (D)6.
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(¢’ Vi du 25. Biét z 1a s6 phtic c6 phan 4o am va la nghiém ctlia phuong trinh 22 —62+10 = 0.
Tinh téng phan thuc va phan do ciia sd phiic w =

1
5 5'

(¢ Vi du 26 (Chuyén L& Quy Dén Quang Tri 2019). Goi 21, 25 1 hai nghiém phiic clia
1 1
phuong trinh 2% — 42 +5=0. Tinh w = — + — + i (232 + 2221).

z1 Z9
w:—é—l—QOi. w:é—i-QOi. w =4 + 201. w
@w-- : ® ®

(' Vi du 27. V6i céc s6 thuc a,b biét phuong trinh 22 + 8az + 64b = 0 c6 nghiém phiic
20 = 8 + 164. Tinh modun ctia sé phitc w = a + bi
®)|w] = V9. [wl

= V3. ©)|w| = V7. @|w|=\/@

(¢’ Vi du 28 (THPT Yén Khanh-Ninh Binh-2019). Phuong trinh 22+a.z+b = 0, v6i a, b
14 céc s6 thuc nhan sé phtic 1 + 4 14 mot nghiém.
Tinh a — b?.

—2. B) 4. (©)4.
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(¢’ Vi du 29 (Chuyén Dai Hoc Vinh 2019). Goi zi, 2> 1a céc nghiém phiic ctia phuong
trinh 22 + 4z + 7 = 0. S6 phic z1.7; + Zz.21 bang

@A2. B)10. (©)2i. (D)10i.

(£’ Vi du 30. Goi z;; 2, 14 hai nghiém phtic clia phuong trinh 322 — 2z + 27 = 0. Gi4 tri clia

z1 |2’2‘ + 29 ’Zl| béng:

Aa)2. B)6. (©)3V6. (D) V6.

(¢ Vi du 31 (Chuyén Lé Hong Phong Nam Dinh 2019). Goi z; va 2, 1a hai nghiém phic
ctia phuong trinh 2% + 4z 4 29 = 0. Tinh gid tri ctia bidu thitc |z |* + |z|".

(A)841. (B) 1682. (©)1282. (D)58.

@ Vi du 32 (Chuyén L& Quy Dén Dién Bién 2019). Ki hidu z1; 2 13 hai nghiém phic
clia phuong trinh 322 — 2z 4+ 1= 0. Tinh P = |2;| + |22/

@P:\/?)ﬁ. Pzz. @P:\f. @P:Q\f.
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(¢ Vi du 33 (Chuyén Nguyén Tat Thanh Yén Bai 2019). Goi 21, 2, 1a hai nghiém phiic
clia phuong trinh 322 — z + 2 = 0. Tinh gid tri biéu thiic T = |2, + |z/*.

2 8 4 11

CAC DANG BAI TAP VAN DUNG

Bi Dang 1.17. Phuong trinh bac hai trén tap s6 phirc

Cau 1 (Pé Minh Hoa 2017). Ki hiéu 21, 29, 23 vA 24 1a bén nghiém phiic ctia phuong trinh 24 —
22 — 12 = 0 Tinh téng T = |21’ + ’22| + ’23| + |Z4|

(AT =2+2V3. B)T = 4. ©T =2v3. (D)T = 4+ 2V/3.

Cdu 2 (KTNL GV THPT Ly Thai 16 2019).
. _ S —1—2i
Tinh modun ctia so phttc w = b+ ci, b, ¢ € R biét so phiic 21772 la nghiém cia phuong trinh
— 1
224+ bz+c=0.

(Aa)2. B)3. (©)2v2. (D)3v2.

Céu 3 (THPT Quang Trung Péng Pa Ha Nbi 2019).
Goi A, B 13 hai diém trong m#t phang phtic theo thit tu biéu dién cho céc sd phiic 2, 2, khéc 0
thoa man dang thicc 22 + 22 — 212, = 0, khi d6 tam gidc OAB (O la gbe toa dd):
@Lé tam gidc deu. La tam gidc vuong.
@Lé tam gidc can, khong deéu. @Lé tam gidc tu.
Cadu 4 (KTNL GV Thudn Thanh 2 Bdc Ninh 2019).
Cho phuong trinh az? + bz + ¢ = 0, v6i a,b,c € R,a # 0 cb cic nghiém z;, 2o déu khong 1a s6

thuc. Tinh P = |2, + 2z|° + |21 — 25|” theo a, b, ¢

@P:b2—2&c. P:2— @P:%. @P:2b2—4ac.

c
a? a’ a a?

Cau 5 (THPT Yén Phong S6 1 B&c Ninh -2019).
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Goi S 1a tong cac s6 thuc m dé phuong trinh 22 — 22 + 1 — m = 0 ¢6 nghiém phiic thda man
|z| =2 Tinh S

(A)S = 6. B)S = 10. ©)5 = -3. D)s =1.
Cadu 6 (Chuyén Nguyén Tt Thanh Yén Bdi 2019).
Cho s6 phtic z = a + bi (a,b € R) théa man z+ 1+ 3i — |z|i = 0. Tinh S = 2a + 30.

(A)S = —6. B)S = 6. (©)5S = -5. D)S = 5.
Cdu 7. Goi S 1a tong cac gié tri thuc ctia m dé phuong trinh 922 + 6z + 1 — m = 0 ¢6 nghiém
phitc théa man |z| = 1. Tinh S.

(A)20. B)12. (©)14. (D)s.

Céu 8 (S& GD Kon Tum 2019). Goi z 13 mot nghiém ctia phuong trinh 22 — z + 1 = 0. Gid tri

. 1 <
o il g _ 2019 | ,2018 N
cua biéu thitc M = 2" + 2°7°° + 3010 + 2015 + 5 bang

(A)s. B)2. ©r. (D)-1.

Cau 9. Goi 2, 2, 13 hai nghiém phitc clia phuong trinh 22> — 4z + 5 = 0. Gid tri ctia biéu thic
(Zl o 1)2019 + (22 . 1)2019 bi\\ing?

@21009. 21010_ @0_ @_21010_

Cadu 10. Cho phuong trinh z? + bz 4+ ¢ = 0, ¢6 hai nghiém 2, 2, théa man z, — z; = 4 + 2i. Goi

A, B 1a céc diém biéu dién cidc nghiém ctia phuong trinh 22 — 2bz + 4¢ = 0. Tinh d6 dai doan
AB

@)8V5. B)2/5. @45, D) V5.
Cau 11 (Chu Van An-Ha N6i-2019).
Cho sb phtic w va hai s6 thuc a, b. Biét rang w + i va 2w — 1 14 hai nghiém ctia phuong trinh
224 az+b=0. Tong S = a+ b bang
5 5 1 1
o ®-2 o! DR

(|2 = 1) (1 +1i2)

Cdu 12. Sé phitc z = a + bi, a,b € R 1a nghiém ctia phuong trinh 1 = 4. Tong
\ i
T = a? + b? bang
(A)4. B)4—2V/3. (©)3+2v2. (D)3.
N < 1 3 6
Cau 13. Cho cac so phtic z, w khac 0 théa man z +w # 0 va — + — = . Khi dé ‘i‘
z w Z+w w

bang
AV3. ;5 ©)3. ©),

Cau 14 (SGD va BT Ba Nang 2019).
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Cho phuong trinh 22 — 4z + 2 — 0 (v6i phan sb 2 t6i gidn) c6 hai nghiém phite. Goi A, B 1 hai
diém biéu dién ctia hai nghiém dé trén mit phang Ozy. Biét tam gidc OAB déu (v6i O 1a gbe toa
o), tinh P = ¢ + 2d.
(AP =18 B) P = —10. (CP=-14. D)P =22.
V10

Céu 15 (Pé thir nghiém 2017). Xét sé phiic z théa man (1 + 2i)|z| = ~—— — 2 + ¢ Ménh dé
z
nao duéi day dung?

3 1 1 3
@3 <l <2 ®) 2| > 2 ©ll < 3. ©); <ol <.

Cdu 16. C6 bao nhiéu gia tri duong ctia s6 thic a sao cho phuong trinh 22 + /32 +a?> —2a = 0

c6 nghiém phiic z, v6i phan 4o khéc 0 théa man |z| = v/3

@s. (B)2. ©)1. D)4.

Bi Dang 1.18. Tim s6 phirc va cac thudc tinh ctia né théa diéu kién K

e Budc 1. Goi s6 phitc can tim 1a z = o + yi véi 2,y € R.

e Budc 2. Bién doéi dicu kién K (thuong lién quan dén médun, biéu thitc cé chita z, Z, |2 ,)

dé dua vé phuong trinh hoac hé phuong trinh = z, y.

e Luu y: Trong trudng phtic C, cho sé phtic z = x + .7 c6 phan thuc 1a x va phan o 1a

y v6i 2,y € R va i2 = —1. Khi dé, ta can nhé:

— Mondun ctia s6 phtic z = x +y.i 1a |2| = ‘OM‘ =z +yt= \/(thu’c)2 + (80)°.
— S6 phiic lién hop clia z = x + y.i 14 Z = x — y.i (ngude dau 4o).

— Hai sb phiic z; = 21 + y1.5 VA 22 = Ty + yo.i dude goi 1a bang nhau khi va chi khi

1 — T2 . .
(hai s6 phtic bang nhau khi thuc = thuc va do = do)

Y1 = Y2

Cau 1 (Ma 104 2018). Tim hai s6 thuc z va y théa man (2z — 3yi) + (3 — i) = bz — 41 v6i i 14

don vi ao.
@xz—l;y:—l. x:—l;yzl. @le;y:—l. @mzl;yzl.
Cdau 2 (Ma 105 2017). Tim tat ca cac s6 thuc z,y sao cho 22 — 1 4+ yi = —1 + 2i.

@w:\/ﬁa?/:?. x:—\/§,y=2. @xz(),yz?. @xZﬁ,y:—Z.
Cadu 3 (Ma 101 2018). Tim hai s6 thuc z va y théa man (2z — 3yi) + (1 — 3i) = z + 67 v6i i 1a
don vi ao.

Wz =1y=-1 Bz =1y=-3. ©zr=-1y=-3 Dr=-Ly=-1
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Cadu 4 (Ma 104-2019). Cho s6 phtic z théoa man (2 —i)z + 3 + 16i = 2(z +4). Modun cta 2z

bang
(A)V13. B)5. ©) V5. (D)13.

Cau 5 (Md 103-2019). Cho sb z théa man (2 + i) z—4 (Z — i) = —8+19i. Mddun ctia z bang
(A)13. B)5. (©)V13. D)V5.

Cadu 6 (Ma 102 2018). Tim hai s6 thuc z va y théa man (3z + 2yi) + (2 +14) = 22 — 3i v6i i 14

don vi ao.
@x:2;y:—2. :c:2;y:—1. @x:—Q;y:—Z @x:—Z;y:—l.
Cdau?7 (Dé Tham Khédo -2019). Tim céc sb thuc a, b théa man 2a + (b+1)i = 14 2i v6ii la don
vi 40.
(A)a=0,b=1. B)a=1,b=2. ©a=0,b=2. (D)a =

Cau 8 (Ma 103 2018). Tim hai s6 thuc z va y théa man (3z + yi) + (4 — 2i) = 5z + 2i v6i i 1A

b=1.

DO | —

don vi ao.

@sz;y:4. x:—2;y:0. @xz2;y=0. @x:—Z;y:4.
Cau 9 (Ma 102-2019). Cho s6 phitc z thod man 3 (z — i) — (2 + 3i) z = 7 — 16 Modun ctia 2
bang

(A)3. (B) V5. ©)s. (D) V3.

Cau 10 (Ma 101-2019). Cho s6 phtic z théa man 3 (Z+14) — (2 —i) 2z = 3 + 10i. Modun cia z
bing
(A) V3. B)3. ©)s. D) V5.
Céu 11 (THPT Cdm Gidang 2 NGm 2019).
Tim hai s6 thuc x va y thdéa man (2o — 3yi) + (1 — 3i) = —1 + 6i vdi 4 14 don vi do.
@le;y:—?). Iz—l;yz—?). @x:—l;y:—l. @x:l;y:—l,
Cau 12. Tim hai s6 thuc z va y thdéa man (2z — 3yi) + (3 — i) = bz — 4i v6i i 1a don vi do.

@x:—l,y:—l. le,yzl. @xz—l,yzl. @le,y:—l.

Cau 13 (Chuyén Son La 2019). Tim cdc s6 thyc z va y théa man 3z —2) + 2y +1)i =
(x4+1)— (y—5)i, 1véi i 12a don vli &o.
3 3 4 4 3 4
@x—i,y——z x——i,y——g. @x—l,y—g. @x—i,y—g.
Cdu 14 (Chuyén Phan Boi Chdau 2019).
Cho s6 phiic 2 = a + bi (a,b € R) théoa man (1+1i)z+22=3+2i. Tinh P=a+b

AP =1. P:—; @P:;. D)P = 1.
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Cau 15 (Chuyén KHTN -2019). Cho s6 phiic z théa man (2 + 3i) z + 4 — 3i = 13 + 4i. Modun
cla z bang

(A)2. B)4. (©)2v2. (D)/10.
Cau 16 (HSG Bdc Ninh 2019). Cho s6 phiic z = a+yi (z,y € R) théa man (1 + 2i) Z+2z = 3—4i.
Tinh gid tri ctia biéu thic S = 3z — 2y.

(A)S = -12. B)S = —11. (©)S =-13. (D)S = —10.
Céu 17 (S& Binh Phudc 2019). Téng phan thuc va phan 4o ciia s6 phitc z thod méan iz +
(1 —14)z = —2i bang

(A)s. B) 2. (©)2. (D)—6.
Cau 18 (S& Binh Phudc 2019). Cho a,b € R va théa man (a + bi)i — 2a = 1 + 34, v6i i 1a don
vi 40. Gia tri a — b bang

(A)4. B) -10. (C)—4. (D) 10.
Cau 19 (Chuyén Phan B6i Chau Nghé An 2019).
Cho s6 phtic z = a + bi(a,b € R) thod man (1 +i)z+2Z =3 +2i. Tinh P=a+b

1 1

AP =1. ®Br=—3. @P:a. D)P = —1.
Cau 20 (Chuyén Ha Long -2019). Tim s6 phtic z biét 4z + 5z = 27 — T7i.

(A)z=—3+Ti. B)z=-3-Ti. (©z=3-T1i D)z =3+Ti.
Cdu 21 (THPT Lé Quy Pén Pa Nang 2019).
Cho sb phitc z thoa man (3 + 2i) z4 (2 — i)* = 4+4. M6 dun ciia s6 phiic w = (z + 1) Z bang.

@A)2. B) V10. (©)V5. D)4.
Cdu 22 (THPT Lé Quy Pon Pa Ndng 2019).
Tim céc s6 thuc a, b thdéa man (a — 2b) + (a + b +4)i = (2a + b) + 2bi v6i i 1a don vi do.

A)a=-3b=1. B)a=3b=—1. ©a=-3b=-1. [Da=30b=1.
Cau 23. Cho hai s6 phtic z; = m + 1 — 2i va z; = 2 — (m + 1) 4. C6 bao nhiéu gia tri thuc cta
tham s6 m dé 2.2, — 8 + 8i 1a mot s6 thue.

A1 B)2. (C)3. (D)4.
Cau 24 (Chuyén Bdc Giang 2019). Tim mb dun ctia sb phitc 2 biét 2z—-1)(14+i)+EZ+1)(1—-19) =
2 — 21.

1 V2 2 1

@5 ®-5 ©5 O
Cau 25. Tinh mo dun ctia s6 phtic z thda man z (1 +2i) +2z (1 —4) +4 —i = 0 v6i i 1a don vi
&

@ BV ©va. DV3.
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B Dang 1.19. Tap hop diém biéu dién sb phirc

Bai todn: Trong mit phing toa d6 Ozy, hiy tim tdp hop diém M bidu dién sb phiic

2 = x + yi thoa man diéu kién K cho truéc?
e Budc 1. Goi M (z;y) 1a diém biéu dién s6 phiic z = x + yi.
e Budc 2. Bién ddi dicu kién K dé tim méi lién hé gitta x, y va két luan.

a) Mbi lién hé gitta z va y b) Két luan tap hop diem M (z;y)

. Ax+By+C =0

.22+ y?—2ax —2by+c=0

. (z—a)*+ (y —b)* < R? hoiic 2% + 4% —

2ax —2by+ ¢ <0

. La duong thang d: Az + By +C =0

. La duong tron tdm I (a;b) va ban kinh

a?+ b —c.

. La hinh tron tadm I (a;b) va ban kinh

R=+va2+b2—c

4. R®<(z—a)’+(y—b)’ < R 4. La nhiing diém thuéc mién c6 hinh vanh
khan tao bdi hai dudng tron dong tam
I (a;b) va ban kinh lan lugt Ry va Rs.

b A
5. y=ax?+br+c (a+#0) 5. La mot parabol ¢6 dinh S (—2; —4).
a a
2 P
6. — + 5= 1 v6i MFy + MF; = 2a va 6. La mdt elip ¢6 truc 16n 2a, truc bé 2b
a
FFy = 2 < 2a. va tiéu cu 2¢ = 2v/a? — 0%, (a > b > 0).
Y
7. —— 7= 1 v6i [MFy, — MF,| =2a va 7. Lamot hyperbol ¢é truc thue la 2a, truc
a
FiFy =2¢ > 2a. ao la 2b va tiéu cu 2c¢ = 2va? + b? v6i
a,b>0.
8. MA=MB 8. La dudng trung truc doang thing AB.

Luu y: Ddi véi bai toan dang nay, ngudi ra dé thuong cho thong qua hai cach:

e Truc tiép, nghia 1a tim tap hop diém M (x;y) bicu dién s6 phiic z = x + yi thda man
tinh chat K.

e Gian tiép, nghia la tim t4p hop diém biéu dién s6 phtic w = f (2) ma s6 phiic z thoa

man tinh chat K nao dé, chang han: f (z,%,|z|) =0
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€ Loai 1. Tap hop diém biéu dién 13 dudng tron

Cau 1 (Ma 102 2018). Xét cdc so6 phtic 2z thda man (z + 3i) (z — 3) 1a s6 thuan do. Trén mit
phéng toa do, tdp hop tat ca cic diém biéu dién cdc s6 phitc z 1& mot dudng tron c¢é ban kinh
bang:

®2 B)3v2. ©s. DEL
Cau 2 (Ma 103 2018). Xét cdc sb phiic z théa man (z + 2i) (2 — 2) 1a s6 thuan do. Trén mit
phing toa dd, tAp hop tat ca cic diém biu dién céc sb phic z 1a mdt dudng tron ¢6 ban kinh

bang
(A)2v2. B)4. © V2. (D)2.

Cau 3 (Md 104 2019). Xét cic s6 phitc z thoa man |z| = v/2. Trén mét phang toa d6 Ozy tap

d+1z . ~ N N ;1. , >
la mot duong tron c¢6 ban kinh bang

hop céc diém biéu dién céc s6 phiic w =

(A)44. B)52. i (C)2v13. (D)2V11.

Cadu 4 (Ma 104 2018). Xét cac s6 phitc z théoa man (zZ — 2i) (z + 2) 14 86 thuan do. Trén mat
phing toa do, tap hop tat ca cdc didm bidu dién céc sb phitc z 1a mdt duong tron ¢é ban kinh
bang?

(A) V2. B)2. (©)4. (D)2v2.
Cdu 5 (Pé Minh Hoa 2017). Cho céc sb phiic z thda man |z| = 4. Biét rang tap hop cac diém
biéu dién cac sb phitc w = (3+44)z -+ 1a mot dudng tron. Tinh ban kinh r ctia dusng tron d6

@T:22. r:4. @7’:5- @TZZO‘
Céu 6 (Dé Tham Khdo 2019). Xét céc s6 phiic z théa man (z + 2i) (Z + 2) 1 s6 thuan 4o. Biét
rang tap hop tat ca cic diém biéu dién ctia z 14 mét duong tron, tAm cia dudng tron dé cb toa
do la

@), ®) (-1:1). ©(-1:-1). D1 -1).
Cdu 7 (Ma 101 2018). Xét cac sb phtic z thoa man (Z + i) (z +2) 1a s6 thuan do. Trén mat
phing toa d6, tap hop tt ci cdc didm bidu dién sb phic z 1a mot dudng tron cé ban kinh
bang

®Y ®)1. ©° DY
Cdu 8 (Ma 101 2019). Xét sb phitc z thoa man |z| = v/2. Trén mit phang toa d6 Ozy, tap hop

4+iz A N N s 14 ; N
la mot duong tron c¢6 ban kinh bang

diém biéu dién cic sd phiic w =
2

(A)V/26. (B)v/34. (C)26. (D)34.

CdAu 9 (Ma 102-2019). Xét s6 phitc z théa méan |z| = v/2. Trén mét phang toa dé Oxy, tap hop

+ 1z

diém biéu dién cac sd phiic w = 13 mot duong tron c¢6 ban kinh bang

+z
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(A)2V/5. (B)20. (©)12. (D)2v3.

Cau 10 (Md 103-2019). Xét cac s6 phitc z théa man |z| = /2. Trén mit phing toa dé Oxy,
+ 1z

tap hop cac diém biéu dién sb phiic w = 13 mot duong tron ¢ ban kinh bang

+ z

@v10. V2. ©)2. D)10.
Céu 11 (THPT Gia Léc HGi Duong -2019).
Cho s6 phtic z thda man |z| = 2. Biét rang tap hop cac diém biéu dién s6 phitc w = 3—2i+(2 — i) 2
la mot duong tron. Tim toa do tdm [ cua dudng tron d6?
(A)I(3;-2). B)I(-3;2). (©)1(3;2). (D)1 (-3;-2).
Cau 12 (bé MAU KSNL DPHQG TPHCM 2019).
Trong mit phéng phiec, tip hop cic diém bidu dién sb phiic z thod man 2.z = 1 1
@m@t duong thang. m@t duong tron. @m@t elip. @m@t diém.
Céu 13 (Chuyén Lé Quy Don Qudng Tri 2019).
Cho sb phtic z thoa |z — 1 + 2i| = 3. Biét rang tap hop cic diém biéu dién ciia s6 phitc w = 2z 4
trén mit phang (Ozy) 1a mot duong tron. Tim tdm clia duong tron do.
(A)I(2;-3). B)I(1;1). ©)1(0;1). D)1 (1;0).
Cau 14 (Chuyén Son La 2019). Tiap hop cic diém biéu dién s6 phitc z thda man |z —i| =
|(1 4 4) 2] 1& mot dudng tron, tdm ctia duong tron d6 c6 toa dd la
(A)(1;1). B)(0; —1). (©)(0;1). (D)(~1;0).
Cau 15 (Quang Trung Péng Da Ha Nbi -2019).

Cho sb phtic z thda man

. = 1. Biét rang tdp hop céc diém biéu dién s6 phtic z 13 mot
duong tron (C'). Tinh bén kinh r ctia dudng tron (C').
@TZl. r:\/g. @7"22. @r:\/g.
Cau 16 (KTNL GV Béc Giang 2019).
Trong mit phang toa d6 diém biéu dién s6 phtic z théa man |z — 1 — 2i| = 3 14
(A)duong tron tam I(1;2), ban kinh R = 9.
(B)dudng tron tam I(1;2), ban kinh R = 3.
@du’éng tron tam [(—1; —2), ban kinh R = 3.
@duéjng thang c6 phuong trinh x + 2y — 3 = 0.

Cdu 17 (S& Thanh Héa 2019). Xét cac s6 phiic z théa man (2 — 2)(Z +4) 1a sb thuan do. Tap

hop cdc diém biéu dién clia z trong mit phing toa do la:

1 5
@Du’dng tron tam [ (1; 2),bén kinh R = \é_

1 5
Du’éng tron tam [ (—1; —2>,bén kinh R = \é_
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(C)Dudng tron tam 1 (2;1),bén kinh R = /5.

@Du’dng tron tam J ( ) ban kinh R = \25 nhung bé diém A(2;0); B(0;1).

Cau 18 (Chuyén Béc Giang 2019). Tim tap hgp diém biéu dién sb phiic z théa man |z — 4| =
|(1+1)z].
@Du@ng tron tAm 1(0; 1), ban kinh R = /2.
Du’éng tron tam I(1; 0), ban kinh R = /2.
(C)Pudng tron tam 1(-1; 0), bén kinh R = /2.
(D)Pudng tron tam 1(0; -1), ban kinh R = /2.
Cau 19. Tap hop tat ca cc diém biéu dién s6 phitc z = x +yi (z,y € R) théa man |z —i| = 4 1a
duong cong c6 phuong trinh

@(m—l)z—l—yQ:éL :E2—|—(y—1)2:4.

(©)(x—1)*+ 42 =16 D)2 + (y —1)* = 16.
Cau 20 (Chuyén Nguyén Tat Thanh Yén Bdi 2019).
Tap hop tat ca cac diém biéu dién cic s6 phitc z théa méan |Z + 2 — i| = 4 13 dudng tron c6 tAm
va ban kinh lan lu’(jt la

A)I(2;-1); R=4. BI(2-1);R=2(OI(- " R=4. D)I(-2;-1); R=2,
Cau 21 (Dé Thi Céng Béing KHTN 2019).
Téap hop diém bicu dién s6 phitc z théa man |z — 1 +i| = 2 1a dudng tron c6 tam va ban kinh lan
luot la:

A)I(-1;1),R=4. BI(-1;1),R=2. (©1I(1;-1),R=2. DO)I(1;-1),R=4.
Cdu 22 (Chuyén KHTN 2019). Tip hop tat ca cac diém biéu dién cic sb phitc z théa man
|(1+4)2—5+i| =2 1a mot dudng tron tdm I va ban kinh R lan lugt 14

A)I(2;-3),R=v2. B)I(2;-3),R=2 (©I(-23),R=+v2. D) (- R=2

” " < 2 P N JUEEN
Cau 23 (Chuyén KHTN -2019). Xét cac so phtic z thoa man “t - 1a s0 thuan do. Biét rang
z— 2

tap hop cac diém biéu dién cac s6 phiic z luoén thudée mot dudng tron ¢6 dinh. Ban kinh ctia dudng

tron d6 bang
(A)1. V2. (©)2v2. (D)2.
Cau 24 (Chuyén Lé Quy P6n Qudng Tri -2019).
Tinh tong clia tat ca cic gid tri ciia tham sd m dé ton tai duy nhat sé phitc z thod man dong thoi
|z| = m va |z — 4m + 3mi| = m?2.

@A B)6. (©)9. D)10.

Cau 25 (THPT Yén Khanh-Ninh Binh-2019).
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Cho s phtic z théa méan: |z + 2 —i| = 3. Tap hop céc diém trong mit phang toa dé (Oxy) bidu
dién s6 phitc w =1+ % 1a

(A)Pudng tron tam I (—2;1) ban kinh R = 3.

(B)Puong tron tam I (2; —1) ban kinh R = 3.

@Du’dng tron tdm I (—1;—1) bén kinh R = 9.

@Du’éng tron tdm I (—1; —1) ban kinh R = 3.

Céu 26 (KTNL GV B&c Giang 2019).
Cho céc sb phitc z théa man |z| = 21/5. Biét ring trong mit phang toa do cic diém biéu dién ciia
s6 phitc w = i + (2 — i) 2z cling thudc mot dudng tron c6 dinh. Tinh ban kinh r clia dudng tron
d6?

(A)r = /5. B)r = 10. (©)r = 20. D)r = 2V5.
CAu 27. Xét cac sb phitc z théa man (Z — 2i) (z + 3) 1a s6 thuan do. Trén mét phang toa do, tap
hop tat ca céc diém biéu dién s6 phitc z 14 mét dudng tron c6 ban kinh bang

@V Vil Vi Vi,
Cau 28. Cho céc s6 phitc z théa man |z + 1| = 2. Biét rang tap hop cdc diém bicu dién cac s6
phttc w = (1 + Z\/g) z 4+ 1 1a mot duong tron. Ban kinh r ctia duong tron do la

(A)9. (B)36. (©)s. (D)3.
Cau 29. Cho 2, z 1a hai 86 phtic théa man diéu kién |z — 5 — 3i| = 5 dong thdi |z; — 25| = 8.
Tap hop céc diém bidu dién sé phitc w = 2z + 2, trong mit phang toa do Ozy 1a dudng tron c6
phuong trinh

(A)(z — 10)2 + (y — 6)* = 36. B)(x — 10)2 + (y — 6)> = 16.

©— o) +(y— 5 =9 D2 +-o)2=1
Cdu 30 (Chuyén KHTN-2018). . Tap hop tat cd cic diém bicu dién cic sb6 phiic z thoéa man:
|Z+2— z[ =41la duﬁing tron ¢6 tAm I va ban kinh R lan lugt 1a:

A1 (-  R=4. B)I(— =2.

©1(2;—-1 ;R:4. D)1 (2; 2—1)
Cau 31 (Todn Hoc Tudi Tré-2018). Cho sb phitc z théa man |z| = 2. Tap hop diém bicu dién
s6 phttc w = (1 — i)z + 2i 1A

(A)Mot dudng tron. (B)Mot dudng thing.

(C)Mot Elip. (D)Mot parabol hoic hyperbol.
Cdu 32 (Déng Thdp 2018). Tap hgp diém bicu dién ciia s6 phitc z théa man |z + 1] = |1 — i — 22|
1a duong tron (C'). Tinh bén kinh R ctia dudng tron (C')

@R:lgo. B)R =2V3. @R:; @R:\/;_O.
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Cau 33 (SGD-Ha Tinh-2018). Tap hop tat ca cac diém biéu dién sb phitc z théa man |2z — i| = 6
13 mot duong tron ¢é ban kinh bang:
A)3. B)6v2. (©)6. (D)3v2.
Cdu 34 (Chuyén Thang Long-Da Lat-2018).
Cho s6 phiic z théa man |z + 1 — 3i| = 2. Biét tap hop diém biéu dién s6 phitc w = (2 — i) z—3i+5

la mot duong tron. Xéac dinh tdm I va ban kinh ctia duong tron trén.
(A)I(—6;—4), R = 2V/5. B)I(6;4), R = 10.
(©)1(6:4), R =2V5. (D)1 (—6;4), R = 2V/5.
Cau 35 (Chuyén Hoang Van Thu-Hoa Binh-2018).
Cho s6 phtic z théa man |z| = 2. Biét rang tap hop cc diém biéu dién s6 phitc w = 3—2i+(2 — i) z
13 mot duong tron. Ban kinh R ciia dudng tron d6 bang?

@A (B)20. (©)2v5. D)V7.

Cdu 36 (SGD Thanh H6a-2018). Cho z;, # la hai trong céc sb phitic z théa man diéu kién
|z —5—3i| =5, dong thoi |z, — 25| = 8. Tap hop cac diém biéu dién ctia s6 phitc w = 2z; + 2,

trong mit phing toa d6 Ozy la dudng tron ¢ phuong trinh nao dudi day?

@(x—2)2+(y—2)2:j. B)(z — 10)* + (y — 6)° = 36.
(©)(x —10)* + (y — 6)* = 16. @<x—2>2+(y—‘;’)2:9.

Céu 37 (THPT Thdi Phién-Hdi Phong-2018).
Xét s6 phitc z théa man |z — 3i + 4| = 3, biét rang tap hop cic diém biéu dién sb phitc w =
(12 — 5i)z + 4i 1a mot dudng tron. Tim ban kinh r clia dudng tron do6.

(A)r =13, B)r = 39. (©)r=17. D)r = 3.
Cdu 38 (THPT Thuwc Hanh-TPHCM-2018).
Cho s6 phtic z théa man |z — 3| = 1. Biét rang tdp hop céc diem biéu dién céc s6 phitc w =
(1 —v/3) 2+ 1 — 2i 1a mot duong tron. Tinh ban kinh 7 clia dudng tron do.

@T:Z r:1. @T:4. @r:\/ﬁ.
Céu 39 (THPT Lé Thiy-Qudng Binh 2017).
Goi M 1a diém biéu dién ctia s6 phitc z théa man ’z +m—-1+ \/57,’ = 4. Tim tat ca cac s6 thuc
m sao cho tap hop cic diem M 1a duong tron tiép xtc véi truc Oy.

@m:—5;m:3. m:5;m:—3. @m:—3. @m:E).
Cau 40 (Cum 4 HCM 2017). Cho s6 phtic z théa méan |z — 2| = 2. Biét rang tap hop cic diém
biéu dién cac s6 phitc w = (1 — i) z+1i la mot dudng tron. Tinh ban kinh r ciia dudng tron dé.

@T:Z r:4. @7”:\/5- @T:2\/§'
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Cau 41 (Chuyén Luvong Thé Vinh-Hda N&i -2018).
Cho s6 phtic 2 théa man (z — 2 + 1) (Z — 2 — i) = 25. Biét tap hop cic diém M biéu dién s6 phiic
w = 2% — 2 + 3i 1a dudng tron tAm I (a;b) va ban kinh c. Gia tri ctia a + b + ¢ bang

(A)18. (B)20. (©)10. D)17.
Cau 42 (Chuyén Lé Quy Don-Dién Bién 2019).
Trong mit phang toa dé Ozy, tim tdp hop diém biéu dién s6 phiic z théa man |z — (2 — 3i)| <
2.

(A)Mot duong thing. (B)Mot hinh tron. (C)Mot duong tron. (D)Mot duong elip.
Cdu 43 (Chuyén Nglr Ha N6i 2019).
C6 bao nhiéu s6 phiic 2 théa man dieu kién |z +i+ 1| = |z — 2i| va |z| =1

(A)0. B)2. ©)1. (D)4.
Cdu 44 (SGD bién Bién-2019). Xét cdc s6 phiic z théa man (z — 44) (Z + 2) 1 s6 thuan do. Biét
rang tap hop tat ca cdc diém biéu dién cta z 14 mot dudng tron. Tim toa d6 tAm cta dudng tron
do.

@)(~1;-2). ®)(-1:2). ©1;2). D)(1;-2).

Cau 45 (SGD Bdc Ninh 2019). Téap hop diém biéu dién s6 phiic z théa man diéu kién |z + 1 + 24| =

11a
(A)duong tron I (1;2), bén kinh R = 1. (B)dudng tron I (—1;—2), bén kinh R = 1,
(C)dudng tron I (—1;2), bén kinh R = 1. (D)dudng tron 1 (1;—2), bén kinh R = 1.

Cdu 46 (S& Ha Nam-2019). Cho s6 phitc z thao man (z 4+ 1 — 3i) (Z + 1 + 3i) = 25. Biét tap
hop biéu dién sb phitc z 1a mot dudsng tron cé tAm I (a;b) va ban kinh c. Téng a+ b+ ¢ bang
(A)9. B)3. (©)2. (D)7.
Cau 47 (Ng6é Quyén-Hdi Phong 2019).
Cho s6 phitc z thay ddi théa man |z — 1| = 2 Biét rang tap hop diém biéu dién cic sd phiic
w = (1 + \/§z) 2+ 2 14 dudng tron cé ban kinh bang R Tinh R
(AR =8, BR=2. (©OR=16. DR = 4.
Cdu 48. Cho sb phiic z thod man |z — 1| = 5. Biét tap hop céc diém biéu dién s6 phic w xic
dinh bdi w = (2 + 37) z + 3 + 4i 1a mot duong tron ban kinh R. Tinh R.
(A)5V/13. (B)5V/17. (©)5v/10. (D)5V/5.
Cau 49 (SGD Hung Yén 2019). Cho sb phtic 2z théa man diéu kién |z| = +/5. Biét tap hop céc
diém bicu dién s6 phttc w = (1 + 2i)z + i la mot dusng tron. Tim ban kinh r ciia dudng tron
do.
@A)r = V. B)r = 10. ©)r=5. D)r = 2v/5.
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Céu 50. Cho s6 phitc z c¢6 médun bang 2v/2. Biét rang tap hop diém trong mit phing toa do
bié¢u dién cac sb phtic w = (1 — i) (z 4+ 1) — i la dudng tron c6 tdm I (a;b), ban kinh R. Téng
a+b+ R bang

(A)s5. B)7. O (D)3.
Cdau 51 (SP Déng Na@i-2019). Cho sb phitc z thod man |z| = 3. Biét rang tdp hop diém bicu

dién ctia s6 phitc w = z + i 1a mot dudng tron. Tim tdm I ctia dudng tron do.

(A)I(0;1). B)I(0;—1). (©)1(-1;0). D)1 (1;0).
@ Loai 2. Tap hop diém biéu dién 13 dudng thing

Cdu 52 (Chuyén-KHTN-Ha N6i-2019).
Tap hop céac diém biéu dién céc s6 phitc z théa man |z + 2| = |z — 4| 1a mot dudng thang cé
phuong trinh

A4z +2y+3=0. B2 +4y+13=0. (Cdr—-2y+3=0. ([D)2z—4y+13=0.

Cdu 53 (THPT Hung Vuong Binh Phuéc 2019).
Cho sb phtic z théa man |z — 1 44| = |z + 2|. Trong m&t phang phtic, quy tich diém bidu dién
céc sb phiic z.

(A)1a duong thing 3z +y + 1 = 0. (B)1a duong thing 3z —y + 1 = 0.

@1&1 duong thiang 3z +y — 1 = 0. @1a duong théng 3z —y — 1 = 0.
Cdu 54. Trén mit phing phitc, tap hop cac s6 phiic z = z + i (z,y € R) théa man |z + 2 4 i| =
|z — 3i| 1a dudng thang c6 phuong trinh

@y:x—l—l. y:—x—l—l. @y:—x—l. @y:x—l.
Cau 55 (Chuyén Lé Quy Pén Qudng Tri 2019).
Trong mit phiang toa do Oxy, tip hop céc diém biéu bién cac sb phitc z théa man |z — 1+ 21| =
Z + 1 + 2i| 13 duong thang ¢6 phuong trinh

Az—-2y+1=0. Bz+2y=0. (©z—2y=0. D)z +2y+1=0.
Cau 56. Xét cac sb phiic z théa man z (Z — 2 + ) +4i — 1 1a sé thuc. Biét rang tap hop cic diém
bidu dién ctia sb phitc z 1a dudng thing d. Dién tich tam gidc giéi han bdéi dudng thing d va hai
truc toa do bang

(A)s. B)4. (C)2. (D)10.
Cau 57 (Pé Thi Céng Bang KHTN -2019).
Tap hop céac diém biéu dién céc s6 phitc 2z théa man |z + 2| = |z — 4| 1a mot dudng thang cé
phuong trinh

A4z +2y+3=0. B2r+4y+13=0. (Cdzr—2y+3=0. ([D)2z—4y+13=0.
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Cdu 58 (Lién Truong-Nghé An-2018).
Cho s6 phitc z théa man: |z — 1| = |z — 2 + 3i|. Tap hop céc diém bicu dién sé phtic z 1
(A)Pudng tron tam 1 (1;2), ban kinh R = 1.
(B)Puong thing ¢6 phuong trinh 2z — 6y + 12 = 0.
@Du’dng théng c6 phuong trinh z — 3y — 6 = 0.
@Du’éng théng c6 phuong trinh = — 5y — 6 = 0.

Cau 59 (Chuyén Lé Hong Phong-TPHCM-2018).

. v ) 12 — 5i 17+ 7i
Tim tap hop diém biéu dién cac so phiic z thoa ( ) Z;— : T = 13.
z2—2—1
@d:6x—|—4y—3:0. d:x+2y—1=0.
©(C): a2+ 2 —20+2y+1=0. @(C’):x2+y2—4x+2y+4:0.

Cau 60 (SGD BRVT-2018). Cho s6 phtic z = z+yi (z,y € R) théa man z+2—i—|z| (1 —i) = 0.
Trong mit phang toa d6 Ozy, diém M 14 diém biéu dién ciia sé phitc z. Héi M thudc dudng thing

nao sau day?
Az —y+5=0. Bz —y+2=0. ©uz+y—2=0. D)z +y+1=0.

Céu 61. Trong mit phang phiic Ozy, tip hop cic diém biéu dién sé phic Z thda man ‘22 + @) +2]2)} =
16 1a hai duong thing d;, d». Khodng céch gitta 2 dudng thang dy, ds 13 bao nhiéu?

(A)d (dy,dy) = 1. B)d (dy,dy) = 6. (©)d(dy,dy) = 2. (D)d (dy,dy) = 4.

Cdéu 62. Trong mit phang phiec, tidp hop cdc diém M bidu dién sé phic z thoa man diéu kién
2] = |2 — 3 + 44| 1a7

@Parabol y? = 4x. Du’éng thing 6z 4+ 8y — 25 = 0.

(C)buong tron 22 + 2 —4 = 0. @Elip :L:jty; =1.
CAu 63. Cho s6 phtic z théa: 2|z — 2 + 3i| = |2 — 1 — 2z|. Tap hop diém biéu dién cho s phiic
z la.

(A)Mot dudng thing c6 phuong trinh: —20z + 32y + 47 = 0.

M@t dudng c¢6 phuong trinh: 3y? + 20z + 2y — 20 = 0.

(C)Mot dudng thing c6 phuong trinh: 20z + 16y + 47 = 0.

@M@t dudng thang cé phuong trinh: 20z — 16y — 47 = 0.
Cau 64 (SGD Hung Yén 2019). Trén mit phang toa do, tim tap hop diém biéu dién s phic z
sao cho 22 14 s6 thuan 4o.

@Hai duong thing y = = va y = —z.

Truc Oz.

@Truc Oy.
@Hai dudng thing y = = va y = —z, b6 di diém O (0;0).
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Cadu 65 (SGD Bén Tre 2019). Tap hdp cic diém bidu dién cac s6 phitc 2z théa man |z —2—1| =

|Z + 24| 14 duong thing c6 phuong trinh
A4z —2y—1=0. B4z —-6y—1=0 (Cdr+2y—1=0. D)4z —2y+1=0.

Cdu 66 (Nguyén Hué- Ninh Binh- 2019).

Trén mit phang toa do, tim tap hop diém biéu dién s6 phitc z théa man |2 + z| = |z — .
(A)Duong thing 4z + 2y + 3 = 0. (B)biém M (—1;1/2).
(C)Pudng thing 2z 4+ y + 3 = 0. (D)Dudng thing 4z + 2y — 3 = 0.

CAu 67. Cho sb phiic z théa man 2|z — 2+ 3i| = |20 — 1 — 22|. Tap hop diém biéu dién cho sb
phitc z 1a duong thing cé phuong trinh:

(A)202 — 16y — 47 = 0. (B)20z + 6y — 47 = 0.

(©)20z + 16y + 47 = 0. (D)20z + 16y — 47 = 0.

Cau 68 (Kim Lién-Ha N6i 2019). Cho s6 phitc théa man |z —i| = |z — 1+ 2i| Tap hop diém
biéu dién s6 phiic w = (2 — i) z+ 1 trén mit phang phiic 1a mot dudng thang. Phuong trinh dudng

thang d6 la

Azr+Ty+9=0. Bz+7y—-9=0. Caz—-Ty-9=0. Dz—Ty+9=0.

® Loai 3. Tap hop diém biéu dién la dudng conic

Cau 69 (S& Binh Phudc 2019). Tap hop cac diém biéu dién céc s6 phiic z théa man 2 |z — i| =
|z —Z + 2i| la
(A)Mot diém. (B)Mot duong tron.  (C)Mot dudng thing. (D)Mot Parabol.

Céu 70 (Chuyén Luong Thé Vinh Dong Nai 2019).
Cho sb phtic z théa man |z + 2| + |z — 2| = 4. Tap hop diém biéu dién clia s6 phitc z trén mat
phing toa do 1a

@Mét duong elip. M@t duong parabol.

@M@t doan thing. @M@t duong tron.

z—1+72

ﬁ 1a s6 thue. Tap hop céc diém biéu dién ctia sb
2+ 7Z)i

Cadu 71. Xét céc s6 phtic z thoa man
phiic % la parabol c6 toa dd dinh
1 3 11 1 3 11
() () el e
@ 4" 4 44 @ 27 2 @ 22
Céu 72 (Chuyén KHTN 2019). Tinh dién tich hinh phang gi6i han béi céc diém biéu dién cic
s6 phiic thda man |z +2 —i| + |z — 4 — i| = 10.

@ 157. @ 127. @207r. @Dép an khac.
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Cdu 73 (CHUYEN VINH 2017). Goi M la diém biéu dién clia sé phtic z théa man 3|z +i| =
2% + —2 + 3i|. Tim tap hop tat cd nhitng diém M nhu vay.
(A)Mot duong thing. (B)Mot parabol. (C)Mot elip. (D)Mot duong tron.

Cdu 74 (S& Binh Phudc 2017). Cho s phitc 2 théa man |z + 2|+ |z — 2| = 8. Trong mit phang

phtic tadp hop nhimg diém M biéu dién cho s6 phic z 147
2 2

A(C): (z+2)°+ (y— 2)* = 64, (E):%+%:1

@(E):f;#f;ﬂ. D)(C): (z+2)° + (y—2)° =8,
Cadu 75 (THPT Nguyén Trdi 2017). Tap hop cdc diém trong mit phing toa do bidu dién sé phiic
z théa man diéu kién 2|z — i| = |z — Z + 24| 1a hinh gi?

@M@t duong tron. M@t duong Parabol.

(C)Mot duong Elip. (D)Mot duong thing.

Cadu 76 (THPT Hai Ba Trung- Hué 2017).
Tim tdp hop céc diém M biéu dién hinh hoc sb phitc z trong mét phang phtic, biét sb phtc z

théa man diéu kién: |2 + 4| + |z — 4| = 10.
2 2
(A)Tap hop céc diém cin tim i dudng elip ¢6 phiong trinh % n 5—5 —1.

T@p hop céc diém can tim 14 nhiing diém M (z;y) trong mit phang Oxy thoa man phuong
trinh /(2 + 42 + 97 + /(z — 7 + 2 = 12.

(C)Tap hop cac didm can tim 1a dudng tron 6 tam O (0;0) va ¢6 bén kinh R = 4.

2 2
@T@p hop céc diém can tim 1a duong elip ¢6 phuong trinh §—5 + % =1.

Cau 77 (Chuyén Bén Tre 2017). Cho s phitc z thda man didu kién: | z + 4 |+| z — 4| = 10. Tap

hop céc diém M biéu dién cho sb phiic z 1a dudng c¢6 phuong trinh.
2 2 2 2 2 2

oyt oy oyt >yt
@§+%_1. %—Fg—l. ©§_?5_1' @%—5_1.

Loai 4. Tap hgp diém bidu didn 13 mét mién

Cdu 78.
Phan gach trong hinh vé dudéi 1 hinh biéu dién ctia tap céc ¥y

s6 phitc thda méan dieu kién nao sau day?

(A)6 < |z] <8. B)2 < |z +4+4i| <4

©2<|z—4—-4i|<4. (DA< |z—4—4i| <16
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Cdu 79 (Chuyén Lé Quy Ddn Pién Bién 2019).
Trong miit phang toa d6 Oxy, tim tap hop cc diém biéu dién s6 phitc z biét |z — (2 — 31)| < 2.
(A)Mot duong thing. (B)Mot hinh tron. (©) Mot duong tron. (D)Mot dudng Elip.

Cau 80. Trong mit phang phitc, tAp hop diém biéu dién cho s phitc z théa |z + 4 — 4i| < 2
la

(A)Hinh tron tam I (4; —4), bén kinh R=4.  (B)Hinh tron tam I (4; —4), ban kinh R = 2.

(C)Hinh tron tam I (—4;4), ban kinh R = 2. (D)Hinh tron tam I (—4;4), ban kinh R = 4.
Céu 81 (THPT Quang Trung Péng Pa Ha Nai -2019).
Cho sb phitc z théa man dicu kién 3 < |z —3i + 1| < 5. Tap hdp céc diém biéu dién ciia z tao
thanh mot hinh phéng. Tinh dién tich ctia hinh phing dé.

(A)S = 25m. B)S = 8. (©)S = 4x. (D)S = 167.
Cdu 82 (THPT Thuc Hanh-TPHCM-2018).
Trong mit phing Ozy cho sb phitc z ¢ diém bidu dién ndm trong cung phan tu thi (I). Héi diem

. 2 1 R .
bieu dién so phiic w = — nam trong cung phan tu tht may?

iz

@Cung (IV). Cung (I1). @Cung (I11). @Cung (I).

Cau 83 (S& Nam Dinh-2018). Trong mit phang toa d6 Ozy,goi (H) 1a phan m&t phang chia
) ) . . , 16 R N N
cac diém biéu dién cac so phtic z thoa man % va — c6 phan thuc va phan do deu thudéc doan
z

[0; 1].Tinh dién tich S cia (H)

A)S=3206-x). BS=16(4—x). (C)S=256. (D)S = 64
Cdu 84 (S& Yén Bdi-2018). Cho sb phitc z théa man diéu kién 3 < |z — 3i + 1| < 5. Tap hop
céc diém biéu dién clia z tao thanh moét hinh phang. Tinh dién tich S ciia hinh phang dé.

(A)S = 4r. B)S = 257. (©)S = 8. (D)S = 167.
Cau 85 (S& Ha Tinh 2017). Biét s6 phtic z théa man |z — 1| < 1 va z — % ¢6 phan 4o khéng am.
Phan mit phang bidu didn s6 phic z ¢6 dién tich 1a:

@ 2. 7. @ g @ .
Cdu 86 (Chuyén Vo Nguyén Gidp 2017).
Goi H 1a hinh biéu dién tap hop cac s phiic z trong mit phang toa d6 Ozy sao cho |2z — 2| < 3,
va s6 phtic z c6 phan 4o khong am. Tinh dién tich hinh H.

3T 3T

Cadu 87 (Chuyén Thai Nguyén 2017).
Tap hop cic s6 phitc w = (1 +14) 2z + 1 v6i 2z 1a 86 phttc thda man |z — 1| < 1 14 hinh tron. Tinh
dién tich hinh tron dé.

@271 7T. @371 @47?.
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Cdu 88. Goi M la diém biéu dién s6 phic w = , trong d6 z la s6 phitc thoa méan
(2+1i)(z+14) =3 —i+ 2 Goi N la diém trong mit phing sao cho (@), O—N)) = 2¢p, trong dé
o = (0z,0M) 1a goc hugng gide tao thanh khi quay tia Oz téi vi trf tia OM. Diém N nim trong
géc phan tu nao?

(A)Géc phan tur thi (IV). (B)Goc phan tu thit (I).

(C)Géc phan tu thit (I1). (D)Goc phan tu thi (IT1).

Cau 89 (TRAN HUNG DAO-NB-2017).
Cho s6 phitc z théa man diéu kién |z — 3 + 4i| < 2 Trong mét phang Ozy tap hop diém biéu dién

s6 phitc w = 2z + 1 — 4 13 hinh tron cé dién tich
(A)S = 9r. B)S = 12r. (©)S = 167. (D)S = 25m.

Cdu 90 (THPT Hoang Hoa Tham-Khdnh Hoa-2017).
Biét s6 phtic z thoa dicu kién 3 < |z — 3i + 1| < 5. Tap hop céc diem bicu dién ciia z tao thanh

1 hinh phéng. Dién tich ctia hinh phing dé bang:
(A)or. (B) 167 (©)25. (D)4

Cau 91. Cho sb phiic z théa man |z + 2| + |z — 2| = 4. Tap hop diém biéu dién ciia s6 phtic z
trén mit phing toa do la

(A)Mot dudng Parabol, (B)Mot dudng Elip.

(C)Mbt doan thing. (D)Mot dudng tron.

Cadu 92 (THPT Ngd Quyén-Ba Vi-Hdi Phong 2019).
Cho sb phtic z théa man diéu kién |z — 3 + 4i| < 2. trong mit phang Ozy, tap hop diém biéu

dién sb6 phttc w = 22 + 1 — i 1a hinh tron cé dién tich
(A)S = 257. B)S = 9. (©)S = 12n. (D)S = 16

CaAu 93. Trong mit phang toa dé Ozy, goi (H) 1a tdp hop céc diém biéu dién hinh hoc ctia sb
|z +z| > 12 X

phtic z théoa man . Dién tich ctia hinh phang (H) la:
|z — 4 —3i| < 2V2

(A)4r — 4. (B)8r — 8. (C2r - 4. (D)8 — 4.

Dang 5. Mét sé6 dang toan khac

Céu 94 (THPT 2021 - L&n 1 - Ma 101).

Xét cac s6 phitc z, w théa man |z| = 1 va |w| = 2 Khi |z +iw — 6 — 8i| dat gia tri nhé nhat, |z —w|
bing

@Y N ©3 ore)

Céu 95 (THPT 2021 - Lan 1 - Ma 102).
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Trén tap hop sé phtic, xét phuong trinh 22 — 2(m + 1)z +m? = 0 (m 14 tham s6 thuc). C6 bao
nhiéu gid tri ctia tham s6 m dé phuong trinh d6 cé nghiém 2, thoa man |z| = 5?

(A)2. B)3. ©)1. (D)4.
Cdu 96 (THPT QuAC GIA 2021 - POT 1 - Ma 102).
Trén tap hop céc s6 phiic, xét phuong trinh 22 — 2(m + 1)z + m? = 0 (m 1a tham s6 thuc). C6
bao nhiéu gid tri ctia m dé phuong trinh d6 c6 nghiém z, théa man |z| = 7?

(Aa)2. B)3. ©)1. (D)4.
CGu 97 (THPT 2021 - Lan 1 - Ma 102).
Xét cac sb6 phitc z,w théoa man |z| = 1 va |w| = 2. Khi |z + iw + 6 — 8i| dat gid tri nhé nhat,
|z — w| bang

V221 V29

Cdu 98. Céc diém A, B tuong tng 1a diém biéu dién sb phtic 21, 2o trén hé truc toa d6 Ozy, G
13 trong tadm tam gidc OAB, biét |z1| = |22| = |21 — 22| = 12. D6 dai doan OG bang

@)4v3. ®)5v3. ©6v3. D)3vs.
CAu 99. Tinh dién tich hinh phing giéi han béi céc diém biéu dién cdc sé phic théa man
|2+ 2 —i| + |z — 4 — i| = 10,

(A) 157, B) 127 (C)20m. (D)Pap én khic.
Cau 100. Cho hai diém A, B 1a hai diém biéu dién hinh hoc s6 phitc theo thit tu z;, 2o khéc 0
va théa man dang thitc 22 4+ 23 = 212,. Hoi ba diém O, A, B tao thanh tam gidc gi? (O la gbc toa
do) Chon phuong 4n ding va day di nhat.

@Vuéng can tai O. Vuéng tai O. @Déu. @Cén tai O.
Céu 101 (S& Kon Tum 2019). Cho cdc s6 phiic 2, = 3 — 20,20 = 1 +4i, 23 = —1 + i ¢6 diém
biéu dién hinh hoc trong mit phang Ozy lan luct 1a cdc diém A, B, C. Tinh dién tich tam gidc
ABC.

(A)2V17. B)12. (C)4V/13. (D)9.
Céu 102 (Chuyén Bdc Giang 2019).
Goi M, N lan luot 1 didm bidu dién clia 21, 2o trong mit phing toa do, I 1a trung diém M N, O
14 gbe toa do, (3 diém O, M, N khéng thang hang). Ménh dé nao sau day luén ding?

(©)|z1 — 22| = OM + ON. (D)2 + 20| = 201
Cau 103. Cho s6 phitc z = m — 2+ (m? —1)4 véi m € R. Goi (C) 1a tap hop cic diém bicu
dién sb phitc z trong mit phang toa d6. Dién tich hinh phing giéi han béi (C) va truc hoanh

bang:
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332. § ©1. @‘31.

Cdu 104. Goi A, B,C, D lan luot 1a cic diém biéu dién céc s6 phtic 1+ 2i; 1++v/3+1i; 1 ++/3—1i;

1 — 2i trén mit phéng toa do. Biét t gide ABC'D ndi tiép duge trong mot dudng tron, tAm cla

dudng tron d6 biéu dién sé phtic c6 phan thuc 14

@V3 B)2 ©2 D).
Cdu 105 (Chu Van An-Ha N6i-2019).
Xét hai diém A, B 1an lugt 1 cdc diém trong mit phing toa d6 Ozy bidu dién cdc sb phitc z va

(1 + 3i) 2. Biét rang dién tich ctia tam gidc OAB bang 6, mddun ciia s6 phiic z bang

@2 B)2v3 ©vz O
Cau 106 (THPT Phan B6i Chau-Nghé An-2019).
Tim tap hop tat ca cic gid tri ctia tham s6 m dé c¢6 ding 4 sb phitc z thdéa man dong thoi céc
dieu kién |z + 2| + |2z — 2| = |2%] v |z| = m?
® {2203} 2va) O, B (2:2v9).
Cau 107 (Thi thi hdi 8 trudng chuyén 2019).
C6 bao nhiéu s6 phitc z = a + bi, (a,b € Z) théa man |z +i| + |z — 3i| = |z + 4i| + |z — 6i] va
2] < 10.
(A)12. B)2. (©)10. D)5.
Cau 108. Cho hai s6 phtic z1; 2, thod man: |z = 6,|z| = 2. Goi M, N lan lugt 1a diém biéu
dién ctia cac s6 phtic z;,izs. Biét MON = 60°, khi d6 gia tri ctia biéu thiic |22 + 922| bang
(A)18. (B)36v/3. (©)24v/3. (D)36v/2.
Cadau 109 (SP Déng Nai-2019). Cho hai s6 phiic 21,2, thdéa man |z1] = 3,|z| = 4,21 — 2| =

V37. Xét 6 phitc z = L = a + bi. Tim [b|
)

@n-2 ep-2 -t D -
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;1. CAP SO CONG - CAP SO NHAN

LY THUYET CO BAN
@ Cap sb cong

e Mot day s ducc goi 1a cap s6 cong néu sb lién sau tri s6 lién truée bang moét hiang sb6 khong

thay déi, hang s6 khong thay déi dé dude goi 1a cong sai

Up—1 + Upt1

Iuk—uk_lzd luk: 9

W ou,=u +(n—1)d lSn:g(ul—l—un)

@ Cap sb6 nhan

e Mot day s6 dude goi 1a cdp s6 nhan néu sb lién sau chia sb lien truée bang mot hang sb

khong thay d6i, hang s6 khong thay doi d6 dude goi 1a cong bdi q.

Uk+1 2
u =dq B v = up Uk
U
1—q"
-1
B oy, =u.q" -Sn:ull—q'

B CAc Vi by MINH HOA

(¢ Vidu 1 (M3 101-2020 Lan 1). Cho cap s6 nhan (u,) véi u; = 3 va cong boi ¢ = 2.

Gié tri cia us bang

A)s. B)9. (©)s. 3
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(¢ Vi du 2 (Ma 102-2020 Lan 1). Cho cap s6 nhan (u,) véi u; = 2 va cong boi ¢ = 3.
Gi4 tri ctia uy bang

(A)6. B)9. (©)s. ?))

(¢ Vi du 3 (Ma 103-2020 Lan 1). Cho cap s6 nhan (u,) v6i u; = 3 va cong boi ¢ = 4.
Gia tri ciia uy bang

(A)64. B)sl. ©)12. i.

(¢’ Vi du 4 (M3 104-2020 Lan 1). Cho cap s6 nhan (u,) véi u; = 4 va cong boi ¢ = 3.

Gia tri ctia uy bang

(A)64. B)sl. ©)12. g.

(¢ Vi du 5 (M3 102-2020 Lan 2). Cho cap s6 cong (u,) v6i uy = 9 va cong sai d = 2. Gid

tri cua ug bang

A)11. Z. (©)18. D)7.
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(" Vi du 6 (Ma 103-2020 Lan 2). Cho cap s6 cong (u,) v6i u; = 8 va cong sai d = 3. Gia

tri cia ug bang

2. B)24. (©)s. D)11.

(¢ Vi du 7 (Ma 104-2020 Lan 2). Cho cap s cong (u,) v6i u; = 7 cong sai d = 2. Gid

tri uy bang

(A)14. B)9. ; D)s.

(¢ Vi du 8. Cho cap s6 nhan (u,) v6i u; = 2 va uy = 6. Cong bdi ctia cAp s6 nhan da cho

bang

(A)s3. B) 4. (©)4. ;

(A)s6. B)3. ©)12. -6.
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(£ Vi du 10. Cho cap sb cong (u,) véi up = 2 va uy = —10. Cong sai clia cap sd cong da

cho bang

@A2. B)3. @ -9,

(¢ Vi du 11. Cho cap s6 cong (u,) véi u; = 4 va d = 8. S6 hang uy clia cap sd cong da

cho bang

(A)156. (B) 165. ©12. (D)245.

(¢ Vi du 12. Cho cap sb cong (u,) v6i u; = 3 va d = —3. Tong 10 s6 hang dau tién cta

cAp s6 cong da cho bang

(A)26. (B) —26. (©)-105. (D)105.

(& Vi du 13. Cho cap sb cong 2;5;8;11; 14 Cong sai ctia cp sb cong da cho bang

-3, B)3. ©)2. (D)14.
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(" Vi du 14. Cong thiic tinh s6 hang téng quét clia cAp s6 cong véi cong sai d va sb hang

dau v 1a

(£ Vi du 15. Cho cap s6 cong (u,) véi u; = 5;up; = 10. Cong sai ctia cap s6 cong da cho

bang

—5. B)s5. (©)2. D)15.

(¢’ Vi du 16. Day s6 nao sau day khoéng phai 1a cAp s6 nhan?

(A)1;-3;9;—27;54. (B)1;2;4;8;16. ©O1,-1;1;,-1;1.  (D)1;-2;4;-8;16.

> £ A A 7, 1 \ A N ./ . 2 S
(£ Vi du 17. Cho cap s6 nhan (u,) v6i u; = 3 va cong boi ¢ = 2. Gia tri ctia u1g bang

1 37
(A)28. B)2°. ﬁ. s
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(" Vi du 18. X4c dinh = dé 3 s6 « — 1;3; 2 + 1 theo thit tu lap thanh mdt cap s6 nhan:

@:1::2\/5. x:\/g. @xzm @x:

;. B 2. ©)3. (D)2.

» Ve s s A 7,0 1 N
(£ Vi du 20. Cho cap s6 nhan (u,) v6i u; = —5iUe = 16. Tim ¢?

(A)g = +2. B)g=2. ©q=—-2 @q:i)g.

(¢ Vi du 21. Cho cip s6 nhan (u,) v6i us = 8 va cong bdi ¢ = 3. S6 hang dau tién u; cta

cap so nhan da cho bang

(A)24. 2 ©)s. :
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(¢’ Vi du 22. Cho cap s6 nhan c¢6 u; = 3, ¢ = —2. Tinh us

(A)us = —6. B)us = —5. (©us = 48. (D)us = —24.

(&' Vi du 23. Cho cap s6 cong (u,) v6i u; = 1 va uy = —26. Cong sai cia (u,) bang

Aa)-27. B 9. (C) —26. (D) ¥/—26.

(£ Vi du 24. Mot cap s6 nhan c6 s6 hang dau u; = 3, cong boi ¢ = 2. Biét S, = 21. Tim

n?

(A)n = 10. B)n =3.

@n =T. @Khéng c6 gid tri ctia n.

(¢ Vi du 25. Cho cip s6 cong (u,) c6 sd hang dau u; = 11 va cong sai d = 4. Gia tri ctia

us bang

A)15. B)27. (C) —26. (D)2816.

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue



214 1. CAP SO CONG - CAP SO NHAN

(£ Vi du 26. Cho cap s6 cong (u,,) c6 s6 hang dau uy = 2 va ug = 5. Gid tri clia us bang

A12. B)15. ©)11. (D)25.

(" Vi du 27. Cho cap s6 nhan (u,) c6 s6 hang dau u; = 2 va cong bdi ¢ = —2. Gid tri clia

ug bang

(A)32. (B)64. (©)42. —64.

(¢ Vi du 28. Cho cip sb cong (u,) c6 sd hang dau us = —1 va uy = 2. Cong sai d bang

Aa)s3. B)-3. ©)s. D)2.

(£ Vi du 29. Cho cap s6 nhan (u,) biét u; = 3*. Cong bdi ¢ bang

@-3. ; (©)+3. D)3.

(¢ Vi du 30. Cho cap s6 cong (u,) c6 s6 hang dau u; = 3 va cong sai d = 2. Tong ctia 2019

s6 hang dau bang
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(A)4080 399. (B) 4800 399. (C)4399 080. (D)8154 741.

(¢ Vi du 31. Cho day s6 (u,) v6i u, = 2n + 1 s6 hang thtt 2019 ctia day 13

(A)4039. (B)4390. (C)4930. (D)4093.

(¢ Vi du 32. Cho cap s6 nhan (u,) c6 s6 hang dau u; = 2 va cong boi ¢ = 3. Gia tri ugorg

bang

(A)2.3218, (B)3.2218, (C)2.3%1, (D)3.2709.

@q=3. q:5. @q:; @q:;

(¢ Vi du 34. Cho cip s6 cong (u,) c6 u; = 11 va cong sai d = 4. Hay tinh ug,.

(A)401. (B)403. (C)402. (D)404.
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(£ Vi du 35. Cho cap sb cong (u,) v6i u; = 2; d = 9. Khi dé s6 2018 14 s6 hang thtt may
trong day?

(A)226. (B)225. (©)223. (D)224.

(A) Sy = 110. (B)S1 = 100. (©) Sy = 21. (D) Sy = 19.

@(123. q:5. @q:; @q:;

(¢ Vi du 38. Cho cap s6 nhan (u,) c6 u; = 3, cong bdi ¢ = 2. Khi d6 us bang

@)24. B)11. (©)4s. Do.
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(" Vi du 39. Cho cap s6 cong (u,), véi u; = 2, us = 14. Cong sai clia cap s6 cong 1a

A)3. B)-3. ©)4. —4,

(¢ Vi du 40. Cho cap s6 nhan (u,) biét u; = 2, up = 1. Céng boi clia cap sé nhan dé 1a

@-2. —;. @; D)2.

(¢ Vi du 41. Cho cip sb cong (u,) c¢6 u; = 3, d = —2. S6 hang thit 10 ctia cip s6 cong do
la:

5. B)-15. (©)15. (D)s.

(" Vi du 42. Cho cap s6 nhan (u,) c6 uy = 2,us = 32. Cong boi clia cip s6 nhan dé 1a

Aa)2. B)+2. (©)-2. i;.
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(£ Vi du 43. Cho cip s6 nhan (u,) c6 u; = 5,q = 2.56 hang thtt 6 clia cap s6 nhan dé
la

1;(]. B)25. (©)32. (D)160.

(" Vi du 44. Cho cip sb cong (u,) voi u; = 2 va up = 6. Cong sai clia cap sb6 cong da cho

bang

(A)4. B)—4. (©)s. D)3.

(¢ Vi du 45. Cho cip sb cong (u,) véi u; = 1 va up = 4. Cong sai clia cap s6 cong da cho

bang

(A)4. B -3. ©)s3. D)s5.

(¢ Vi du 46. Cho cip sb cong (un) v6i u; = 3 va uy = 9. Céng sai clia cap s6 cong da cho

bang

—6. B)3. (©)12. (D)6.
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(£ Vi du 47. Cho cap s6 cong (u,) v6i u; = 2 va uy = 8. Cong sai clia cap s6 cong da cho

bang

)10, B)6. (C)4. —6.

(" Vi du 48. Cho cap s6 nhan (u,) v6i u; = 2, up = 6. Céng boi clia cap s6 nhan da cho

bang

A)3. B 4. (C)4. :1))

o8 BAI TAP TU LUYEN

Cau 110 (Md 120-2021-Lan 2). Cho cip sb cong (u,) v6i uy = 3 va uy = 7. Cong sai ctia cap
s6 cong da cho bang

®: ® ©) . D)4
Cau 111 (Pé minh hoa 2022). Cho cap sb6 cong (u,) v6i u; = 7 va cong sai d = 4. Gid tri clia
uy bang

7

(A)11. B)3. © (D)28.
Cau 112 (Ma 101-2022). Cho cap s6 nhan (u,) v6i u; = 1 va ug = 2. Céng bdi ctia cip sd nhan
da cho la:

1 1

@qzi. q:2. @q:—Q. @q:—i.
Cau 113 (Md 104-2022). Cho cap s6 nhan (u,) c6 u; = 3 va cong boi ¢ = 2. S6 hang tong quat
u, (n > 2) bang

(A)3.27. (B)3.27+2. (C)3.2"+1, (D)3.2"".
Cau 114. Cho cap s6 nhan (u,) véi u; = 2 va uy = 8. Céng boi ciia cAp sb nhan da cho bang

(A)21. B)+4. (©)4. (D)2v2.
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Cau 115. Cho cap s6 nhan (u,) cé s6 hang dau u; = 5 va uy = 8. Gi4 tri clia uy bang
512 125 625 512
5 B O Dz
n .z . N 1
Cau 116. Cho cap so6 cong (u,) c6 s6 hang dau u; = 3 va ug = 26. Tim cong sai d.
11 10 3 3
@d=- Bd=- ©d=; D=
~ oz . N 1
Cau 117. Cho cap so0 cong (u,) c6 s6 hang dau u; = 3 va uz = 26. Tim cong sai d.
11 10 3 3

Cau 118. Cho cap s6 cong (u,) c6 sd6 hang dau u; = 11 va cong sai d = 4. Gid tri clia ugg
bang
(A)401. (B)403. (©)402. (D)404.
Cdu 119. Biét bdén s6 5, x, 15, y theo thit tu lap thanh cip sb cong. Gid tri ciia 3z + 2y bang
(A)50. (B)170. (©)30. (D)80.
Cau 120. Cho ba s6 z, 5, 2y theo thtt tu 14p thanh cip sb cong va ba s6 x, 4, 2y theo thit tu lap
thanh cap sb nhan thi |z — 2y| bang
(A)s. B)9. (©)s. (D)10.
Cau 121. Cho cap sb cong (u,) thoa ug +ug +ug+uis = 100. Tong 16 sb hang dau tién bang

(A)100. (B)200. (C)400. (D)300.
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CHUVENIBE

LOP TOAN THAY HOANG - 0931.568.590

PAI O TO HOP

;1. QUY TAC PEM - HOAN VI - CHINH
HOP - TO HOP

LY THUYET CO BAN

e Quy tic nhan: Dé hoan thanh cong viéc can chia ra giai doan = St dung quy tc nhan.

e Quy tac cong: Dé hoan thanh céng viéc bang nhiéu trudng hop = St dung quy tic cong.

e Hodn vi: Xép n phan tit theo thit tu = S dung hodn vi P, =n! =n(n—1)(n —2)...3.2.1

e T6 hgp: Chon k phan tit trong n phan ti tiy ¥ = St dung t6 hgp CF = m#')'k'

e Chinh hgp: Chon k phan tit trong n phan tit va xép = Stt dung chinh hgp AF = (nﬁ!k)!
B CAc Vi DU MINH HOA

(¢ Vidu 1 (Ma 101-2020 Lan 1). C6 bao nhiéu céch xép 6 hoc sinh thanh mot hang

doc?

(A)36. (B)720. ©)s. D)1.

(¢ Vi du 2 (M3 102-2020 Lan 1). C6 bao nhiéu cach xép 7 hoc sinh thanh mot hang

doc?

@Ar. (B)5040. ©1. (D)49.




222 1. QUY TAC DEM - HOAN V| - CHINH HOP - TO HOP

(¢ Vi du 3 (M3 103-2020 Lan 1). C6 bao nhiéu cach xép 5 hoc sinh thanh mot hang

doc?

@1 B)25. ©s. (D)120.

(¢ Vi du 4 (M3 104-2020 Lan 1). C6 bao nhiéu cach xép 8 hoc sinh thanh mot hang

doc?

(A)s. B)1. (C)40320. (D)64.

(¢ Vi du 5 (Ma 102-2020 Lan 2). C6 bao nhiéu cach chon mot hoc sinh tit moét nhém

gom 6 hoc sinh nam va 9 hoc sinh nit?

@o. (B)54. ©)15. D)6.

(¢ Vi du 6 (M3 103-2020 Lan 2). C6 bao nhiéu cach chon mot hoc sinh tit moét nhém

gom 5 hoc sinh nam va 7 hoc sinh nit 13

@7. B)12. ©)s. (D)35.
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(¢ Vi du 7 (Ma 104-2020 Lan 2). C6 bao nhiéu cach chon mot hoc sinh tit moét nhém

gom 7 hoc sinh nam va 8 hoc sinh nit?

(A)s. B)15. (C)56. D)7.

(¢’ Vi du 8. Tit mot nhém hoc sinh gom 6 nam va 8 nit, c6 bao nhiéu cich chon ra mot hoc

sinh?

@)14. (B)48. ©)s. D)s.

(£ Vi du 9. C6 bao nhiéu cach chon 2 hoc sinh tit mét nhém gom 10 hoc sinh?

Aa)cz, B) A2, (©)102. (D)2'0.

(£ Vi du 10. S6 céach chon 2 hoc sinh tit 7 hoc sinh 14

a2 B) A2 ©cz. D)7
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(¢ Vi du 11. S6 céch chon 2 hoc sinh tit 5 hoc sinh 13

(A)s52. B)2°. ©cz. (D) A2.

(£" Vi du 12. S6 céch chon 2 hoc sinh tit 8 hoc sinh 13

@ce. B)s2. (©) A2 (D)28.

(£ Vi du 13. S6 céch chon 2 hoc sinh tit 6 hoc sinh 1a

(A)A2. ®B)cs. (©)26. (D)6

(£ Vi du 14. Trén mit phing cho 2019 diém phan biét. C6 bao nhiéu vects, khic vecto-

khong cé diém dau va diem cudi duge 1ay tit 2019 diém da cho?

(A)22019. (B)2019%. (©) 50192, (D) A4,0192,

(¢’ Vi du 15. Trong hop c6 4 vién bi xanh, 5 vién bi dé, 6 vién bi vang. LAy ngau nhién ti

hop 3 vién bi. S6 cach chon 1a
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@9, ®ci+ci+c O D4t
(@ Vi du 16. Mot t6 c6 12 hoc sinh. Hdi ¢6 bao nhiéu céch chon 2 hoc sinh trong t6 lam
nhiém vu tryc nhat.

(A)132. (B)66. (©)23. (D)123.
(£ Vi du 17. Lép 114 c6 32 hoc sinh, gido vién chét nhiém muén chon ra 3 hoc sinh trong
d6é mot ban lam 16p truéng, mot ban lam 16p phd, mot ban lam sao do. Hoi gido vién chu
nhiém c6 bao nhiéu cach chon.

@s. ®)3. ©Ch. D) 43,.
(" Vi du 18. C6 bao nhiéu céch sip xép 5 hoc sinh thanh mot hang doc?

(A)120. B)25. (©)15. (D)10.
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(" Vi du 19. Can chon 4 ngudi di cong tac trong mot t6 c6 30 nguoi, khi d6 sd cach chon

a:
(A)C50%. (B) A30*. (©)30*. (D)4%0.

(¢’ Vi du 20. Cho tap hop A c6 20 phan tit. Hoi A ¢ bao nhiéu tip con gom 6 phan tit?

(A)CS,. B)20. ©) Ps. (D) AS,.

(" Vi du 21. Mot hop chita 10 qua cau phan biét. S6 cach lay ra tit hop dé ciing lic 3 qua
cau la:

(A)720. (B)120. (©)10%. (D)3'0.

(@ Vi du 22. Gia stt ta diing 6 mau dé t6 cho 4 nuéc khac nhau trén ban do va khong cé

mau nao duge dung hai lan. S6 cic cach dé chon nhitng mau can ding 1a

(A) AL B)10. ©c (D)6*.
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(¢ Vi du 23. Tap hop M c6 12 phan tit. S6 tdp con gom 2 phan ti ciia M 1a

(A)A4,28. B) A;22. (©cy22. (D)122.

(¢ Vi du 24. Trong mo6t hop banh c6 6 loai banh nhan thit va 4 loai banh nhan diu xanh.

C6 bao nhiéu cach ldy ra 6 banh dé phat cho céc em thiéu nhi?

(A) 45, B)6!. (©)10°. (D)CS,.

(¢’ Vi du 25. C6 bao nhiéu cich trao 4 phan qua khac nhau cho 4 hoc sinh?

@As. (B)256. (©)16. (D)24.

(¢ Vi du 26. Cho 3 cai quan va 4 cai 40. HOi ¢6 bao nhiéu cdch chon mot cai quan hodc
mot cai 4o tu sO6 quan do da cho?

A3 +4. B) AZ. ©cz. (D)3.4.
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(&' Vi du 27. T mot 16p ¢ 14 hoc sinh nam va 16 hoc sinh nit, ¢6 bao nhiéu cach chon ra

mot hoc sinh?

(A)224. B)16. (©)14. (D)30.

(&' Vi du 28. Mot 16p ¢6 15 hoc sinh nam va 20 hoc sinh ntt ¢6 khd nang nhu nhau. Héi ¢6

bao nhiéu cach chon 3 hoc sinh lam ban can sy 16p?

(&) A3, B) 3. ©cs; D Cs;.

(@ Vi du 29. Nam mudn qua nha Lan dé cting Lan t6i truong. Tt nha Nam t6i nha Lan
c6 3 con dudng, tit nha Lan dén trudng c6 5 con dudng. Héi Nam cé bao nhiéu cach chon

duong di tit nha dén truong?

A)s. (B)243. ©)15. (D)10.

(¢’ Vi du 30. Véi k va n 13 hai s6 nguyén duong tity ¥ théa man k& < n. Ménh dé nao dudi

day dung ?

n! n! n! k! (n — k)!

n!
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(¢ Vi du 31. C6 bao nhiéu s6 tu nhién n théa man A3 + 942 = 11527

(A)o. B)1. (©)2. D)3.

(¢ Vi du 32. Tim gid tri € N théa man C},, +3C2,, = C2,

Az = 12. B)z=9. (©z = 16. D)z = 2.

(¢ Vi du 33. Tim gi4 tri n € N théa man A2.C"! = 48

@n:4. n:3. @nz?. @nzl?.

(¢ Vi du 34. C6 bao nhiéu cic sap xép 10 ban hoc sinh thanh mot hang ngang ?

@) Py B - © Al (D).

(£ Vi du 35. Tinh s6 cic chinh hop chdp 5 ctia 7 phan tit ?

(A)21. (B)2520. (C)5040. (D)120.
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(£ Vi du 36. Cho tip A = {1;2;3;4;5;6}, c6 bao nhiéu tap con gom 3 phan tit clia tap
hop A?

(A) A3, B) P;. ©) Ps. D)Cs.

(¢ Vi du 37. Tu céic chit s6 1;2:3;4;5 c¢6 thé lap duce bao nhiéu s6 c¢6 4 chit sd khac

nhau?

(A)120. B)5. (©)625. (D)24.

(£ Vi du 38. Cho tap hop M c6 30 phan tit. S6 tdp con gom 5 phan tit ctia M 1a

(A) 430 30°. (©)30°. (D)C50°.

(£ Vidu 39. Tu 7 chitsb 1,2,3,4,5,6,7 c6 thé 1ap dusc bao nhiéu sb tu nhién c¢é 4 chit sb

doi mot khac nhau?

A7 B) P;. ©cs. (D) A%
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(@ Vi du 40. Mot t6 ¢6 10 hoc sinh. S6 cach chon ra 2 hoc sinh tit t6 dé dé gitt 2 chitc vu

to trudng va to pho 1a

Az, B) 48, (©)102. (D) A2,

(" Vi du 41. Cho 20 diém phéan biét cting nam trén mot dudng tron. Hdi cé bao nhiéu tam

gidc dugc tao thanh tit cdc diém nay?

(A)6840. (B)400. (C)1140. (D)600.

(@ Vi du 42. Mot t6 ¢6 10 ngusi gom 6 nam va 4 nit. Can lap mot doan dai bieu gom 5
ngudi, hoi c6 bao nhiéu cach 1ap?

(A)25. (B)455. (C)50. (D)252.

(¢’ Vi du 43. S6 cach chon 5 hoc sinh trong mot 16p ¢6 25 hoc sinh nam va 16 hoc sinh nit

la

QT35 + Cs. B C3;- ©) 45 D)C5.
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(¢’ Vi du 44. S6 tam gidc x4c dinh béi cic dinh ctia mdt da gidc déu 10 canh 1a

(A)35. (B)120. (C)240. (D)720.

(@ Vi du 45. Tit céc s6 1, 2, 3, 4, 5 ¢6 thé lap duge bao nhiéu s6 tu nhién gém ba chit s6

doi mot khac nhau.

(¢’ Vi du 46. S6 vécto khéc 0 c6 diém dau, diém cudi 14 2 trong 6 dinh cta luc gidc

ABCDEF la

@A) P;. B C2. (© 42 (D)36.

(¢’ Vi du 47. Néu tat ca cac dudng chéo ciia da gidc déu 12 canh duge vé thi s6 dudsng chéo
1

@ 121. (B)66. (©)132. (D)54.
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(¢’ Vi du 48. T mot nhém hoc sinh gom 6 nam va 8 nit, c6 bao nhiéu cach chon ra mot

hoc sinh?

@)14. (B)48. ©)s. D)s.

o8 BAI TAP TU LUYEN

Cdu 1 (Ma 102-2021-Lan 2). Véi n 1a 6 nguyén duong bat ki, n > 3, cong thitc nao dudi day

dung?
—3)! 3l(n —3)! n! n!
03:(71 : C3 = —— 2, C3 = : C3 = — .
@ " n! " n! @ " (n—23)! @ " 3l(n—3)!
Cau 2 (Ma 101-2021-L&n 1). Véi n 1a sé nguyén duong bat ki, n > 4, cong thite nao dudi day
dtng?
—4)! 4! n! n!
a1 = AL = . e a— Y
@ " n! " (n—4) @ " Al(n—4)! @ " (n—4)!

Cau 3 (Pé minh hoa 2022). Véi n 1a sé nguyén duong, cong thitc nao dudi ddy ding?
@Pn:n!. Pn:n—l. @Pn:(n—l)!. @Pn:n.
Cdu 4 (Ma 102- 2022). S6 céc to hop chap 3 clia 12 phan ti 1a

(A)1728. (B) 220. (C)1320. (D)36.

Cau 5 (Ma 103- 2022). Tit cac chit s6 1,2,3,4,5 lap dude bao nhiéu sé tu nhién gom nam chit

s6 doi mot khac nhau?

(A)120. B)5. (C)3125. D)1.
Cdu 6. Can chon 3 ngudi di cong tac tit mot t6 c¢6 30 ngudi, khi d6 sb cach chon 14
@A ®)3". ©no. D).

Cdu 7. Cho mot tap hop M c¢6 10 phan tit. S6 tap con gom 2 phan ti ctia M 13

@) AL, B AL, Q) ©)10°

Cdu 8. Trong mot budi khiéu vii ¢6 20 nam va 18 nit. Héi cé6 bao nhiéu cach chon ra mot doi

nam nit dé khiéu vii
(&) Cs. ®) A% ©) 3,0k D)y Cle.
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CAu 9. S6 véc-to khic 0 c6 diém dau, didm cudi 1 hai trong 6 dinh ctia luc gidc bing
@, B o D
Cau 10. C6 bao nhiéu cach sap xép 5 hoc sinh thanh mét hang doc?
(A)5°. B)5!. (©)4!. (D)5.
Cau 11. S6 céch sip xép 6 hoc sinh ngdi vio 6 trong 10 ghé trén moét hang ngang 1a
@ev. ®o. © A, D).
Cau 12. C6 14 ngusi gom 8 nam va 6 nit. S6 cach chon 6 ngudi trong d6 c¢6 ding 2 nit 1a
(A)1078. (B)1414. (C)1050. (D)1386.
Céu 13. Cho hai duong thing song song. Trén dudng thing thi nhit cé 10 diém, trén duong

thang thit hai ¢6 15 diém, c¢6 bao nhiéu tam gidc duge tao thanh ti cac diém da cho.

(A)1725. (B) 1050. (©)675. (D)1275.
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:2. XAC SUAT

LY THUYET CO BAN

@ Tinh xac suat bang dinh nghia

. L 2 n(A
Cong thic tinh xdc suat ctia bien o A : P(A) = <—

n(Q)

~—

@ Tinh xac sut bing céng thirc

e Quy tac cong xac suat:

— Néu hai bién c¢6 A, B xung khic nhau thi P(AU B) = P(A) + P(B)

— Néu céc bién ¢b Ay, Ay, A, ..., Ay xung khéc nhau thi
P(AjUAU...UAL) =P (A)+P(A) +...+ P(4)

€ Céng thirc tinh xac suat bién cb dbi

e Xdc suit ctia bién cd A ciia bién c6 A 1a: P(A) =1 — P(A)
e Quy tic nhan x4c suit:

— Néu A va B 1a hai bién ¢ doc lap thi
P(AB) = P(A) - P(B)
— Mbt cach tong quét, néu k bién c¢b Ay, Ay, As, ..., Ay 14 doc lap thi
P (A1, Ag, Az, ... Ax) = P(Ay) - P(Ay) ... P(A)

B CAc Vi by MINH HOA

(¢" Vi du 1 (D& minh hoa 2022). Tt mot hop chita 16 qua cau gom 7 qua mau dé va 9
qué mau xanh, 14y ngdu nhién dong thoi hai qué. Xéac suat dé 1ay duce hai qua ¢6 mau khéc

nhau bang
7 21 3 2
] ® % T i

Gido vién: Hoang Blue - 0931.568.590 €3 https://fb.com/toanthayhoangblue



(¢ Vi du 2 (Ma 101-2022). Chon ngau nhién mot s6 tit tdp hop céc s6 tu nhién thudc
doan [40; 60]. Xac sudt dé chon dugc sb cé chit s6 hang don vi 16n hon chit s6 hang chuc

bang

(¢ Vi du 3 (Ma 102 - 2022). Chon ngau nhién mot s6 tit tap hop cdc s6 tu nhién thudc
doan [40;60]. Xac sudt dé chon dugc sb cé chit s6 hang don vi 16n hon chit s6 hang chuc

bang

(£ Vi du 4 (Ma 103 - 2022). Chon ngau nhién mot s6 tit tap hop cdc s6 tu nhién thudc
doan [30;50]. Xac sudt dé chon dugc sb cé chit s6 hang don vi 16n hon chit s6 hang chuc
bang

11 @ 8 13 10

21 21 21 21

(¢ Vi du 5 (Ma 102-2021-Lan 2). Chon ngau nhién dong thdi hai s6 tit tap hop gom 17

s6 nguyén duong dau tién. Xac suat dé chon duge hai sé chin bang
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(¢ Vi du 6 (Ma 101-2021-Lan 1). T mo6t hop chita 12 qua béng gom 5 qua mau dé va,
7 qua mau xanh, ldy ngdu nhién ddng thdi 3 qua. Xéc sudt dé liy dude 3 qui mau xanh

bang

(¢ Vidu 7 (Ma 103 - 2021 - Lan 1). Tt mot hop chtta 10 qua béng gom 4 qua mau dod

va 6 qud mau xanh, 1y ngadu nhién dong thoi 3 qua. Xac suat dé lay 3 qua mau doé bang
1 1 2 1
5 ® ©: =0

(¢ Vi du 8 (Ma 102 - 2021 Lan 1). Tt m6t hop chita 10 qua béng gom 4 qua mau dé va
6 qua mau xanh, lay ngau nhién dong thoi 3 qui. Xdc suat dé lay duge 3 qui mau xanh

bang
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(¢ Vi du 9 (Ma 104 - 2021 Lan 1). Tit mot hop chita 12 qua béng gom 5 qua mau do
va 7 qua mau xanh, 14y ngdu nhién dong thdi 3 qua. Xac suit dé l1dy duce 3 qué mau dé

bang
1 7 5 2
o ® X =

(¢ Vi du 10 (Dé Tham Khao 2021). Chon ngau nhién mot sb trong 15 s6 nguyén duong

dau tién. Xéc suit dé chon dugc sé chin bang?
@7 ®2 v i
8 15 15 2

(" Vi du 11 (Ma 120-2021-Lan 2). Chon ngau nhién dong thdi hai s tit t4p hop gom 19

s6 nguyén duong dau tién. Xac xuit dé chon dugc hai s 1é bang
9 B)10 4 5
19° 19 19 19

(¢ Vi du 12 (M3 101-2021-Lan 2). Chon ngau nhién dong thdi hai s tit tAp hop gom 19

s6 nguyén duong dau tién. Xac suat dé chon duge hai sé chin bang
10 B 4 9
19 19° 19° 19
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o8 BAI TAP TU LUYEN

Cau 1 (Ma 101 - 2020 Lan 1). Goi S 1a tap hop tat ca cdc s tur nhién cé 4 chit s6 doi mot khac
nhau va cdc chit s6 thude tap {1,2,3,4,5,6,7,8,9}. Chon ngau nhién mot s6 thuge S, xdc suat
dé sb (;% khong c6 hai chit s6 lién tiép nao ciing chan bang

B By O3 oF
Cau 2 (Ma 102 - 2020 Lan 1). Goi S 1a tap hop tit ca cdc sb tu nhién c6 4 chit s6 doi mot khac
nhau va cdc chit s6 thuoce tap hop {1,2,3,4,5,6,7,8,9}. Chon ngau nhién mot s6 thude S, xdc
suat dé sb d6 khong c6 hai chit s6 lién tiép nao ciing 1é bang
1w ® L 3L 5
42 126 126 21
Cau 3 (Ma 103 - 2020 Lan 1). Goi S 1a tap hop tit ci céc sb tu nhién c6 bén chit s6 doi mot
khac nhau va cdc chit sé6 thude tap hop {1;2;3;4;5;6;7}. Chon ngau nhién mot sé thude S, xdc

suat dé s6 d6 khong c6 hai chit s6 lién tiép nao cting chan bang
[} B 22 19
35 35 35 35
Cau 4 (MG 104 - 2020 Lan 1). Goi S 1a tap hop tit ca cdc sb tu nhidn ¢6 4 chit s6 doi mot khac
nhau va céc chit s6 thudc tap hop {1;2;3;4;5;6; 7}. Chon ngau nhién mot sd thuoce S, xdc suat
dé s lelé khong cé hai chit s6 lién tiép nao cting 1é bang

®3 ®% 5 @3
Cau 5 (Ma 102 - 2020 Lan 2). Goi S 1a tap hop tit ca cdc sb tu nhidn ¢6 6 chit sb doi mot khac
nhau. Chon ngau nhién mot sé thudc S, xéc suat dé s6 d6 cé hai chit s6 tan cling c¢6 ciing tinh
chan li bang

@3 ®); ©:. D)5
Cau 6 (Ma 103 - 2020 LAn 2). Goi S 1a tap hop tit ca cac sb tu nhidn ¢6 5 chit s6 doi mot khac
nhau. Chon ngau nhién mot s6 thudc S, xac suat dé sd dé cé hai chit s6 tan ciing khac tinh chan
lé bénggo

i ®; s @5

Cau 7 (Ma 104 - 2020 Lan 2). Goi S 1a tap hop tit ca cac sb tu nhidn ¢6 5 chit s6 doi mot khac
nhau. Chon ngau nhién mot sé thudc S, xédc suat dé s6 d6 cé hai chit s6 tan cling c¢6 ciing tinh
chan 1é4 bang

@g B ©; =
Cdu 8. Chon ngau nhién mot s6 tit tAp hop s6 c6 ba chit s6 khac nhau. Xac suat dé sé duge chon

c6 tong cac chit so la so chan bang
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41 4 1 16
S B3 ©3 ST

Cau 9. C6 6 chiée ghé duge ké thanh mot hang ngang. Xép ngau nhién 6 hoc sinh, gom 3 hoc

sinh 16p A, 2 hoc sinh 16p B va 1 hoc sinh 16p C, ngdi va hang ghé dé, sao cho mdi ghé c6 ding
mot hoc sinh. Xéc suat dé hoc sinh 16p C' chi ngdi canh hoc sinh 16p B bang
1 3 2 1
@5 ® 5 = D
Cadu 10. Cho da gidc déu 12 dinh ndi tiép dudng tron tdAm O. Chon ngau nhién 3 dinh ciia da
gidc d6. Tinh xac suat dé 3 dinh dude chon tao thanh mot tam gidc khong c6 canh nao 1a canh
cua da giac da cho.
2 31 28 52
Cau 11. Tt mot ddi van nghé gom 5 nam va 8 nit can 1dp mot nhém gom 4 ngudsi hat top ca.
Xéc suat dé trong 4 ngudi dude chon déu 14 nam bang
e ® @ D5
Cis Cs Ciy Al
Cau 12. Mot em bé ¢6 bd 6 thé chi, trén moi thé c¢d ghi mdt chut cdi, trong d6 ¢6 3 thé chu T,
mot thé chit N, mot thé chit H va mot thé chit P. Em bé d6 xép ngau nhién 6 thé dé thanh mot
hang ngang. Tinh x4c suat em bé xép dugc thanh day TNTHPT
1 1 1 1
Cau 13. Mot chiée hop chita 9 qua cau gom 4 qua mau xanh, 3 qua mau dé va 2 qua mau vang.
Lay ngau nhién 3 qua cau tit hop dé. Xéc suat dé trong 3 qua cau lay duge cé it nhat 1 qui mau
dé bang
1 19 16 17
@5 ® 5 TR L
Cau 14. C6 bao nhiéu sb tu nhién ¢ 4 chit s6 ma tong tat ca céc chit s6 ciia s6 d6 bang 7?

(A)165. (B)1296. (C)343. (D)84.

Cau 15. Ban chi dao phong chéng dich Covid-19 ctia s6 Y té Nghé An cé 9 ngudi, trong dé cé
ding 4 béc si. Chia ngau nhién Ban dé thanh ba t6, mdi to 3 ngudi dé di kiém tra cong tdc phong
dich é dia phuong. Trong mdi t6, chon ngdu nhién moét ngudi lam t6 trudng. Xac suit dé ba to
trudng deu la béc si 1a

1 1 1 1

B Bor i Dz
Cau 16. Cho tap S = {1;2;---;19;20} gom 20 s tu nhién tit 1 dén 20. LAy ngau nhién ba s6
thudc S. Xéc suat dé ba s6 lay dugce lap thanh cip s6 cong la

5 7 3 1

5 B g5 5 T
Cau 17. Mot cong ty may mac cé hai hé théng méy chay song song. Xéc suat dé hé théng may
thit nhat hoat dong tét 14 90%, xac suat dé hé thong mAay thit hai hoat dong t6t 1a 80%. Cong ty
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chi ¢6 thé hoan thanh don hang ding han néu it nhit mot trong hai hé théng may hoat doéng tot.

Xéac suat dé cong ty hoan thanh ding han 1a
(A)98%. (B)2%. (©)80%. (D)72%.

Cau 18. Giai béng chuyén VIV cup gom 12 doi tham gia, trong dé c6 9 ddi nuée ngoai va 3 doi
Viét Nam. Ban t6 chitc bdc cho thim ngau nhién va chia thanh 3 bang ddu A, B, C mdi bang 4
ddi. Xéc suat dé ba doi Viet Nam nam & 3 bang gan nhét véi so6 nao dudi day?
1 B2 £ 2

25 20 100 100
Cau 19. Xép ngau nhién 5 hoc sinh A, B, C, D, F ngdi vio mot day 5 ghé thang hang (mbi ban
ngoi mot ghé). Tinh xac suat dé hai ban A va B khéng ngdi canh nhau.

1 3 2 4
Cau 20. Mot nhém gom 10 hoc sinh trong d6 cé 7 hoc sinh nam va 3 hoc sinh nit. Chon ngau
nhién 3 hoc sinh tit nhém 10 hoc sinh d6 di lao déng. Tinh xéc sudt dé trong 3 hoc sinh duoc
chon ¢6 it nhat 1 hoc sinh nit.

4 17 17 2

@3 B3 W D3

Cau 21. C6 tat ca bao nhiéu s6 tu nhién gom 6 chit s6 doi mot khac nhau trong dé cé dung 3
chit s6 chan

(A)72000. (B) 64800. (C)36000. (D)60000.

Cdu 22. Cho S 1a tap cac sd tu nhién cé 8 chit s6. Lay mot s6 bat ki ctia tdp S. Tinh xac suat
dé lay duogc sb 16 va chia hét cho 9.
3 1 2 1
@ 3 O3 s
Cdu 23. Ddi hoc sinh giéi trudng trung hoc phd théng chuyén bén tre gdm c6 8 hoc sinh khéi
12, 6 hoc sinh khéi 11 va 5 hoc sinh khéi 10. Chon ngau nhién 8 hoc sinh. Xac suit dé trong 8
hoc sinh duge chon c¢é du 3 khoéi 14
71131 35582 143 71128
) For 5 D)5
CaAu 24. Cho mot da gidc déu 18 dinh ndi tiép trong mot dudng tron tam O. Goi X 1a tap hop
tat ca cac tam gidc c6 cac dinh 1a cac dinh clia da gidc trén. Tinh xdc suat P dé chon dude mot
tam gidc tit tdp X la tam gidc cAn nhung khong phéi tam gidc déu.
144 7 23 21
@P:ﬁ. P:%. @P:@. @P:@.
Cadu 25. Cho tap A = {1,2,3,4,5,6}. Goi S 1a tap hop cdc tam gidc c6 do dai ba canh 1a cdc
phan tit ciia A. Chon ngau nhién mét phan tit thudc S. Xéc suat dé phan tit dude chon 1a mot

tam gidc can bang.
6 @ 19 27 7
34 34 34 34
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Cdu 26. Chon ngau nhién bén sé tu nhién khéc nhau tit 70 s6 nguyén duong dau tién. Tinh xac

suat dé bdn sé duge chon 1ap thanh mot cip sé nhan c¢é cong bdi nguyén.
12 11 10 9
@ 916895 916895 @ 916895 @ 916895

Cau 27. C6 6 hoc sinh gom 2 hoc sinh 16p A, 2 hoc sinh 16p B va 2 hoc sinh 16p C' xép ngau

nhién thanh mét hang ngang. Tinh x4c sudt dé nhém bat ki 3 hoc sinh lién ké nhau trong hang
luén ¢6 mat hoc sinh cia ca 3 16p A, B, C?
1 1 1 1
30 5 50 5
Cdu 28. Gieco mdt con stic sic can dbi dong chat 3 1an. Tinh xdc sut dé tich s6 chdm 3 1an gieo
14 chan.
7 1 5) 3
OR 2 ©3 Dy
Cau 29. C6 hai day ghé déi dién nhau, mdi day cé ba ghé. Xép ngau nhién 6 hoc sinh gom 3
nam 3 nit ngdi vao hai day ghé d6 sao cho mdi ghé c6 ding mot hoc sinh ngdi. Xéc sudt dé mdi
hoc sinh nam déu ngdi dbi dién v6i mét hoc sinh nit bang
1 3 1 2
o = 50 R
Cau 30. Xép ngau nhién 3 hoc sinh 16p A, 2 hoc sinh 16p B va 1 hoc sinh 16p C vao sau ghé xép
quanh mdt ban tron (mdi hoc sinh ngdi ding mot ghé). Tinh xac suat dé hoc sinh 16p C ngdi gitta
2 hoc sinh 16p B
2 1 2 3
i3 ® 15 ©: o
Cdu 31. C6 12 hoc sinh gom 6 nam va 6 nit ngdi vao hai hang ghé ddi dién nhau tiy y. X4c suat
dé méi mot em nam ngdi dbi dién véi mot em nit 147
1 4 8 16
51 B 5 O Dot
Cdu 32. C6 50 tam thé danh s6 tit 1 dén 50. Rt ngdu nhién 3 thé. Xac suat dé tong céc sb ghi
trén thé chia hét cho 3 bang
8 11 769 409
89° 171' 2450° D 1225°
du 33. Cho da gidc déu c inh. Lay tuy ¥ 3 dinh ctia . X4c suat dé 3 dinh lay duogc
Cdu 33. Cho d deu (H 30 dinh. L 3 dinh H). X de 3 dinh lay d
tao thanh mot tam gidc ti bang
39 39 45 39
110 B 55 250
Cadu 34. Mot hop chita 10 qua cau duge danh s6 theo thit tu tit 1 dén 10, 14y ngau nhién 5 qua
cau. Xéc suat dé tich cac sb ghi trén 5 qué cau dé chia hét cho 3 bang
) 7 1 11
Cdu 35. Goi A la tap hop tat ca cc sb tu nhién c6 8 chit s6 déi mot khac nhau. Chon ngau nhién

mot s6 thudc tap A. Xac suat dé sb tu nhién dude chon chia hét cho 25 bang
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43 1 11 17
520 B % 520 ST
Cadu 36. Goi S 1a tap tat ca cac sb6 tu nhién c6 ba chit s6 déi mot khéc nhau duce 1ap tit cac chit
s6 0,1,2,3,4,5,6. Chon ngau nhién mot s6 tit tip S. Tinh xéc suit dé sé duoc chon 1a mot sd
chia hét cho 6.

13 2 17 11

60 ®5 B 5
Cadu 37. Truée ki thi hoc sinh giéi, nha trudng to chitc budi gap mit 10 em hoc sinh trong doi
tuyén. Biét cdc em d6 cé s6 thtt tu trong danh sich lap thanh cap sb cong. Céc em ngdi ngau
nhién vao hai day ban déi dién nhau, mdi day cé 5 ghé va mdi ghé chi dude ngdi mot hoc sinh.
Tinh xéc suit dé tong céc sb thit tu clia hai em ngodi d6i dién nhau 14 bang nhau.

1 ® L. L .

954 252 945 126
Cdu 38. Ngusi ta mudn chia tdp hop 16 hoc sinh gom 3 hoc sinh 16p 12A, 5 hoc sinh 16p 12B va
8 hoc sinh 16p 12C thanh hai nhém, moéi nhém cé 8 hoc sinh. X4c suat sao cho 6 mdi nhéom déu

c6 hoc sinh 16p 12A va moéi nhém c6 it nhat hai hoc sinh 16p 12B 1a

) B 356 5

143" 143" 1287 143"

Cdu 39. Mot hop dung 15 tAm thé dude danh s6 tit 1 dén 15. Chon ngau nhién 6 tam thé trong

hop. Xac suat dé tong cac s6 ghi trén 6 tam thé duge chon 1a mot s6 16 bang.

7L ® 20 2 26

143 715 143 143

Cau 40. Mot s dién thoai c6 bay chit s6, trong dé chit s dau tién 14 8. S6 dién thoai nay dugc
goi 1a may mén néu bdn chit s6 dau 1a chit s6 chan phan biét va ba chit s6 con lai 1a 16, ddng thoi
hai chit s6 0 va 9 khong dimg lién nhau. Tinh x4c suat dé mot ngusi khi 1ap dién thoai ngdu nhién

dugce s6 dién thoai may mén.
5100 2850 5100 2850
@WrA) ="+  @®PW="57  OPW="5  OPA="5F.

Cau 41. Goi S 1a tap hop céc s6 tu nhién c6 4 chit s6 doi mdt khac nhau lap thanh tit cic chit

s60,1,2,3,4,5,6,7. Chon ngau nhién mot s6 tit tap S. Tinh xdc sudt dé sé duge chon c6 ding 2
chit s6 chan.

24 144 72 18

5 25 Oy %
Cdu 42. Cho tap S = {1;2;3;--+;19;20} gom 20 s6 tu nhién tit 1 dén 20. LAy ngau nhién ba s6
thudc S. Xéc suat dé ba s6 lay duoc lap thanh mot cip s6 cong 1a

7 5 3 1

5 B35 55 i
Cdu 43. Mot ban ¢S vua gom 8 x 8 6 vudng, mdi 6 ¢6 canh bang 1 don vi. Mot 6 vira 1a hinh
vudng hay hinh chi nhat, hai 6 1a hinh chtt nhat,. .. Chon ngau nhién mot hinh chit nhat trén ban

cd. Xéc suat dé hinh duoce chon 1a mét hinh vudng c¢é canh 16n hon 4 don vi bang
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5 17 51 29
26 ® 155 196 26
Cau 44. Goi M 1a tap hop céc s6 tut nhién c6 ba chit s6 14p dudce tit cac chit s6 0, 1, 2, 3, 4, 5,
6, 7. Lay ngdu nhién ddng thai 2 sb tit tAp M. Xéc sudt dé ca 2 s6 1y duoc déu cé chit s6 hang
chuc nho hon céc chit s6 hang tram va hang don vi 13
8 5 296 695
ot ® 15 O et Dy
Cdu 45. C6 6 chiéc ghé duge ké thanh mét hang ngang. Xép ngau nhién 6 hoc sinh, gom 3 hoc
sinh 16p A, 2 hoc sinh 16p B va 1 hoc sinh 16p C, ngoéi vao hang ghé dé, sao cho mdi ghé c6 ding
mot hoc sinh. Xéc suat dé hoc sinh 16p C' chi ngoi canh hoc sinh 16p B bang
1 3 2 1
@ ® 2 i D
Cdu 46. C6 7 chiée ghé duge ké thanh mét hang ngang. Xép ngau nhién 7 hoc sinh, gom 3 hoc
sinh 16p A, 2 hoc sinh 16p B va 2 hoc sinh 16p C, ngdi vao hang ghé dé, sao cho médi ghé cé ding
mét hoc sinh. X4c suat dé 2 hoc sinh 16p C khong ngdi canh nhau va cling khéng ngoi canh hoc
sinh 16p fé bzi?g .
2.2.3)! 212! 1 1
B B 7 D55
Cau 47. Mot hop ¢6 chita 5 vién bi d6, 3 vién bi xanh va n vién bi vang (cdc vién bi kich thuée
nhu nhau, n 14 s6 nguyén duong). Lay ngau nhién 3 vién bi tit hop. Biét xédc suit dé trong ba vién
vi ldy dude c6 di 3 mau 1a 14852 Tinh xdc suat P dé trong 3 vién bi ldy duge ¢6 nhiéu nhat hai
vién bi do.
135 177 45 31
@P:@. P:@. @P:@. @P:%.
CaAu 48. Goi S 1a tap hop tat ci cdc sb tu nhién c6 5 chit s6 ma cac chit s6 déu khac 0. LAy ngau
nhién mét s6 tir S. Xac suat dé 1ay dude sb chi c6 mit 3 chit sé gan v6i s6 ndo nhit trong cic sb

sau?
(A)0, 34. B)0, 36. (©)0, 21. (D)o, 13.

Cdu 49. Mot xudng san xuat thuc pham gom 4 ky su ché bién thuc pham, 3 ki thuat vién va 13
cong nhan. Dé ddm bio san xuit thuc pham chéng dich Covid 19, xudéng can chia thanh 3 ca san
xuat theo thdi gian lién tiép nhau sao cho ca I ¢6 6 ngudi va 2 ca con lai méi ca c¢6 7 ngudi. Tinh
xac suit sao cho moi ca c6 1 ki thudt vién, it nhat mot ki su ché bién thuc pham.

440 441 41 401

@ 3320 3230 © 230" ® 3320

Cau 50. C6 hai day ghé déi dién nhau, méi day cé nam ghé. Xép ngiu nhién 10 hoc sinh, gom
5 nam va 5 nit ngdi vao hai day ghé sao cho mdi ghé c6 ding mot hoc sinh ngdi. Xac sudt dé mdi
hoc sinh nam déu ngdi dbi dién v6i mét hoc sinh nit bang

1 1 8 8
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Cau 51. Mot con chau chau nhay tit gbc toa d6 O(0;0) dén diém A(9;0) doc theo truc Oz ciia
hé truc toa do Ozy. Con chau chau cé bao nhiéu cich nhay dé dén diém A biét mdi 1an né cé thé

nhdy 1 buée hoac 2 bube(1 bude c¢6 d6 dai 1 don vi).
(A)47. B)51. (©)55. (D)54.

CAu 52. Hai ban A va B mbi ban viét ngau nhién mét sé tu nhién gom ba chit s6 doi mot khac
nhau. Xac suit dé céc chit s6 c6 mat & hai s6 ban A va B viét gidng nhau bang
31 @ 1 1 25

2916 648" 108 2916
Cau 53. Goi S1a tap hop tat ca cac sd tu nhién ¢6 3 chit s6 duge 1ap tit tap X = {0;1;2; 3;4; 5;6; 7}.
Rt ngau nhién mot s6 thuoe tap S. Tinh xdc suat dé rit duge sd ma trong sd d6, chit s6 dimg
sau luon 16n hon hodc bang chit s6 ding trudc.

@2 ® L 3 3

7 64 16° 32
Cdu 54. Dai thanh nién tinh nguyén ctia mot truong THPT gom 15 HS, trong d6 c6 4 HS khoi
12,5 HS khéi 11 va 6 HS khéi 10. Chon ngau nhién 6 HS di thuc hién nhiém vu. Tinh xdc suat

dé 6 HS dugc chon c6 di 3 khdi.
4248 @ 757 151 850
5005 5005 1001° 1001

Cadu 55. Tit mot hop chita 12 qua cau, trong dé ¢ 8 qua mau do, 3 qua mau xanh va 1 qua mau
vang, ldy ngau nhién 3 qua. Xéc suit dé lay ducc 3 qué cau c6 ding hai mau bang:

23 21 139 81
o B © 35 55

BANG DAP AN

1. A2 A4 B, AJl6e. DJ7. AJls. Allo. DJl10. C|[12. A]
[13. C |[14. D ||15. B |[16. C |[17. A |[18. D |[19. B |[20. B |[21. B |[22. D |
123. D |[24. C|[25. C |[26. B |[27. D |[28. A ][29. D |[30. B ||31. D |[32. D |
133. B |[34. D[35. C |[36. A][37. C|[38. B|[39. C |[40. D ||41. D |[42. C ]
143. A |[44. D |[45. D |[46. D |[47. B |[48. C ]|49. B |[50. C ||51. C |[52. D |
153. C||54. D][55. C ]
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