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J Ph&n 1. UNG DUNG DAO HAM BE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

y / J J

[ e /
NG DUNG DAO HAM DE KHAO SAT HAM SO

U
° SU PONG BIEN, NGHICH BIEN CUA HAM SO
&

®
A-DE 1
BB cau trdc nghiém nhidu phurong én Iya chon
A N £ 8 — b5z 2 . N ~ N .
Cau 1. Cho ham s6 y = EP— Khéng dinh nao sau day la sai?
— x —
L s . 37 PR . 9
@ Ham s6 dong bién trén khoang (—oo; _Z> Ham s6 dong bién trén khoang (—oo; _é_l>
N A X « L ~ 2 9 ~ A . < L ~ 3 37
@Ham sO dong bien trén khoang - 400 . @ Ham so nghich bién trén khoang | —oo; —1)
Cau 2. Cho ham s6 c¢6 bang bién thién nhu sau
T | —o00o -4 ! 400
3 2
Y + 0 - 0 +
218 +00
( P N —
—00 4
Khéng dinh nao sau day la ding?
N A . L ~ 2 4 ~ A X < L ~ 3 4 ]'
@ Ham s6 nghich bién trén khoang | —oo; —3) Ham s6 dong bien trén khoang —5; 5)
. . 7 PN . 7
@Ham sO nghich bién trén khoang (5, +oo>. @ Ham s6 dong bién trén khoang (—oo; _§)
Cau 3.
Cho ham s6 c¢6 do thi nhu hinh bén. Khang dinh nio sau day la ding? v
(A) Ham s6 nghich bién tren khoang (—oo; 1).
Ham s6 nghich bién trén khoang (—oo;0).
. . 7
@ Ham s0 nghich bien trén khoang (5, —i—oo).
(D) Ham s6 ddng bién tren khong (—oc; 1). ;
o
T E
3
~ Z . . o Z 2 <~ £ 1 . « £
Cau 4. Tim tat ca cac gié tri thuc ctia tham s6 m dé ham so y = —§x3 —ma? + (2m — 3)z — m + 2 nghich bién
trén R.
B)m < -3, m>1. B)-3<m<1. ©-3<m<1. D)m < 1.
Cau 5. Cho ham s6 y = —2% — ma? + (4m + 9)x + 5, v6i m 14 tham s6 thie. C6 bao nhiéu gia tri nguyen ctia m

dé ham s6 nghich bién trén (—oo; +00)?

1/215 ’ B ThS. Nguyén Hoang Vit — @ 0905.193.688 /‘




J 1. Sy ddng bién, nghich bién clia ham s Khi thanh cong ban néi gi cting ding

y J 4 J
@B)5. (B)6. ©7. (D)4.

Cau 6. Cho ham s6 y = 723 + 922 — 3z — 4. Khing dinh nao sau day la sai?
@ Gia tri cyc dai y = 1. Ham s6 dat cuc tiéu tai x =

=

@Gié tri cyc tidu y = =. @Ham sO dat cuc dai tai z = —1.

i

Cau 7. Cho ham s6 y = f(x) x4c dinh tréen R va c6 bang bién thién nhu hinh vé sau

—~

z | —o0 10 12 +00
y + 0 - 0 +

-3 —00
y Oo/ \3/

Ham s6 y = f(z) dat cuc dai tai
@Bz = 10. Bz =8. ©)z=12. D)z =17.

Cau 8.
Cho ham s6 c¢6 d6 thi nhu hinh bén. Khang dinh nao sai?

P .2 . 3 ..
@ Ham s6 ¢6 mot cuc tieu tai x = 1 va dat cuc dai tai x = 0.
Y 113
Gia tri cuc dai y = —1 va gia tri cuyc tieu y = TR

@Ham sb ¢6 mot cuc tidu tai x = 1

. Lo 3
@Ham S0 ¢6 mot cuc dal tai x = vk

Cau 9. Cho ham s6 y = 822 — 6ma? + 9ma + 6m (m 1a tham s6 thue). Gia tri ciia m dé ham s6 dat cyc tiéu tai
x = —6 thudc khoang nao sau day?

29T S e(Be) e

Cau 10. Tim tit ci cic gia tri thuc ciia m dé ham s6 y = 2° — 322 + (m + 1)z + 2 ¢6 hai diém cyc tri.

@m<2. m§2. ©m>2. @m<—4.

n . 4 . P o
Cau 11. Cho ham s y = 23 — 2ma? + <—§m2 —40m — 144) x — 5 (m la tham s6 thuc). Tim tat ca cac gia tri

o

ctia m dé ham so6 c6 cuc tri?

(A) 11 < m < —6. m < —9 hogic m > @—14<m<—6. @m < —9 hosic m >
—4. —6.
Cau 12. Cho ham s6 y = (m + 1)z* —ma? + 3. Tim tat ci cac gia tri thuc ciia tham s6 m dé ham s6 c6 ba diém
cuc tri.
(B)m e (—o0; —1) U [0; 400). me (—1;0).
@m € (—o0; —1] U [0; 400). @m € (—o0; —1) U (0; 400).

B3 cau trdc nghiém diing sai

Cau 13. Cho ham s6 y = f(z) = 2 — 322 — 1. Cac meénh dé sau ding hay sai?

a) Ham s6 da cho nghich bién trén R. b) Ham s6 da cho dong bién trén (3;+00).
c) Ham s6 da cho nghich bién tréen (1;2). d) Ham s6 g(z) = f(z) + 2 dong bién tren (—oo;0).
Cau 14.
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding
y J/ J J
Cho ham s6 y = f(z) ¢6 do thi nhu hinh vé bén. Cac ménh dé sau dang hay y
sai?

a) Ham s6 da cho nghich bién trén khoang (—2,0).

b) Ham s6 da cho dong bién trén khodng (—3;1).

c) Ham s6 da cho dong bién trén khodng (2; +00).

d) Ham s6 f = |f(x)| nghich bién trén khoang (—2,0).

Cau 15. Cho ham s6 y = f(z) = 2* — 222 — 3. Cac ménh dé sau ding hay sai?
a) Ham s6 da cho dat cyc dai tai z = 0.
b) Ham s6 da cho dat cyc ticu tai z = —3.
c) Ham s6 da cho c6 gia tri cyc dai va cie tiéu lan lugt 1a —4, —3.
d) D5 thi ham 6 g(x) = f(z) + 3 ¢6 diém cyc dai 1a (0;0) .
Cau 16.
Cho ham s6 y = f(x) ¢6 do thi nhu hinh vé bén dudi.
a) Ham s6 da cho chi ¢6 2 cyc tri.

b) Ham s6 da cho c6 gi tri cuc tiéu x = —2.
c) Ham s6 da cho c6 gia tri cye dai y = —1.
d) D6 thi ham s6 y = |f(z)| c6 diém cyc dai 1a (0,2).

Cau trdc nghiém trd 16i ngén
Cau 17. Cho ham s6 y = 423 + 822 — 3z + 3. Gia tri cuc dai cia ham s6 bing bao nhieu?
Cau 18. Tim diém cyc tiéu ciia ham s6 y = 2% — 522 — 8z + 87

Cau 19. Cho ham s6 y = —23 — ma? 4 (4m + 9)z + 3 v6i m la tham s6. C6 bao nhiéu gia tri nguyén ctia m dé
ham s6 nghich bién trén (—oo; +00)?

Cau 20. Do thi ham s6 y = 2° — 322 + 2az + b ¢6 diém cyc tiéu A(2; —2). Khi d6 a + b bing bao nhiéu?

Cau 21. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé ham s6 y = 2® — 3(m + 2)22 + 3(m? + 4m)z + 1 nghich
bién tren khodng (0;1)?

Cdu 22. Tim gia tri ctia tham s6 m dé ba diém cyc tri ctia dd thi ham s6 y = 2% + (6m — 4)22 +1 — m 1a ba
dinh clia mot tam giac vuong? (Két qua lam tron dén chit s6 hang phan tram).
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J 1. Sy ddng bién, nghich bién clia ham s Khi thanh cong ban néi gi cting ding

AL

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Céc khoang dong bién ctia ham s6 y = 2* — 822 — 4 1a

(B) (—o0; —2) va (2;4+00).  (B)(=2;0) va (0;4+00). (€ (—00;—2) va (0;2).  (D)(—2;0) va (2; +00).
Cdu 2. Ham s6 y = 2* — 222 + 1 nghich bién trén céc khoang nao sau day?

@ (—o0;—1) va (0;1). (—oo; —1) va (0; +00). @(—oo;O) va (15 +00). @(—1;0) va (1; +00).

. ) 1 X . ,
Cau 3. Cho ham s6 y = % Trong cac ménh de sau, ménh deé nao sai?

- —

@ Ham s6 nghich bién trén ting khodng xac dinh ctia né.

Ham s6 nghich bién trén tap xic dinh clia né.

@ Ham s6 nghich bién trén khoang (3; +00).

(D) Ham s6 nghich bién tren khong (—oc; 3).

~ . 1 1 N

Cau 4. Cho ham s6 y = §x3 — 5332 — 122 — 1. Ménh dé nao sau day duang?
(A) Ham s6 nghich bién tren khoang (—3; +00). Ham s6 dong bién trén khodng (—oo;4).
@Ham s6 dong bién tren khoang (—3;4). @ Ham s6 dong bién trén khoang (4; +00).

Cau 5. Ham s6 nao sau day khong dong bién trén (—oo; +00)

@y:x5+x3—1. y:x3+2. @y:x_l @y:x—l—l.

x+2

Cau 6. Cho ham s6 y = z — 2y/z. Ménh dé nao sau day dung?

(A)Ham s6 nghich bién tren khoang (1; +00). Ham s6 dong bién trén khoang (2; +00).
@Ham s6 dong bién trén khoang (0; +00). @ Ham s6 nghich bién trén khodng (—oc; 1).
Cau 7. Cho ham s6 y = f(x) xac dinh lién tuc va lien tuc trén R va c6 bang bién thién nhu sau
r | —oo 2 +00
/
Y - 0 +
+0o0 400
0
Khing dinh nio sau day ding?
@ Ham s6 ¢6 2 cuc tri. Ham s6 c6 gia tri cie dai bang 2.
@Ham s6 c6 gia tri cyc tiéu bang 0. @Ham s6 ¢6 gia tri cuce dai tai o = 0.

Cau 8. Cho ham s6 y = f(x) c6 bang bién thién nhu sau. Ménh dé ndo dudi day la sai?

r | —oo 0 2 +oo
y + 0 — 0 +
3 +00
y / \ /
—0 0
@ Ham s6 khong dat cuc tiéu tai diém = = 2. Ham sb dat cuc dai tai diém z = 0.
@ Gi4 tri cyre dai ctia ham s6 1a y = 3. @ Gia tri cyc tiéu ctia ham s6 1la y = 0.

Cau 9. Cho ham s6 y = f(z) ¢6 bang bién thien nhu sau
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

y / J J

T | —00 0 2 +00
Y + 0 — 0 +

3 400
y / \ /

Tim gié tri cye dai yop va gid tri cuc tiéu yor ctia ham s6 da cho.
@yCD=3V51 yor = 2. yCD=2V51yCT=0- (@?JCDZ?JVéL ycr = 3. @yCD=3V5%yCT=0-
Cau 10. Tim m dé ham s6 y = 23 + ma? + (1 — 2m)x +m — 3 dong bién trén khoang (—3;0).

B)m > 2v3+3. B)m < 2v3-3. ©m > 6—42. (D)m < 6+ V42

Cau 11. Tt ca cac gia tri ctia tham s6 m sao cho ham s6 y = —23 — 3ma? + 4m — 1 ddng bién trén khoang (0;4)
la

@—2<m<0. m<—4. ©m<—2. @m>0.
Cdau 12. Tim tit ci cac gia tri clia tham s6 m dé ham s6 y = —23 + 322 + 3ma — 1 nghich bién trén khoang
(0; +00).

B®)m > —1. B)m > —1. ©m < —1. D)m < 1.

B3 cau trdc nghiém diing sai

Cau 13. Dao ham f/(z) ctia ham s6 y = f(z) ¢6 do thi nhu hinh bén dudi. Xét tinh ding sai clia cdc ménh dé

sau
a) Ham s6 dat cyc tiéu tai o = —1. b) Ham s6 dong bién trén (—1;2) va (4;5).
c) Ham s6 nghich bién tréen (2;4). d) Ham s6 f(z + 2) dat cyc dai tai z = 0.
Y
y=f'(z)
/] ‘
-2 -1|0 2 4 ‘5 z

Cau 14. Cho ham s6 y = f(z) xac dinh tréen R va ¢6 bang bién thién nhu hinh vé.

T —00 -1 1 +oo

f(x) + 0 — 0 +

Xét tinh dung, sai clia cac ménh dé sau.
a) Ham sb ¢6 2 cyc tri. b) Ham s6 nghich bién trén khoang (—1;1).
c) Ham s6 dong bién tren khodng (1;+00). d) Ham s6 f(1 — x) dong bién trén khodng (—1;1).

Cau 15. Cho ham s6 y = f(z) xac dinh trén R va ¢6 do thi ctia ham s6 y = f/(x) 1a dudng cong & hinh vé
dudi.

a) Ham s f(z) dat cyc dai tai z = 0.

b) Ham s6 f(z) nghich bién trong khodng (0;2).

c) Ham s6 f(z) c6 2 khoang dong bién va 2 khoang nghich bién.

d) Ham s6 f(z) c6 3 diém cyc tri.
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J 1. Sy ddng bién, nghich bién clia ham s Khi thanh cong ban néi gi cting ding

y / J J

~ P 1
Cau 16. Cho ham s6 y = f(z) lién tuc trén doan [O; 36} thod man

1 ) N
I <§) =f1)=f <§> = 0 va ¢6 do thi 1a dudng cong nhu hinh dudi.

Yy
3 __________
ols
1> T
3
N
a) x =1 la diém cyc dai ctia ham s6.
1 5} N . .
b) z = 3 z =35 1a diém cyc tiéu ctia ham so.
P P 1 )
c) Ham s6 da cho nghich bién trén (g, 1) va, (5, —|—oo>.
d) Gi4 tri 16n nhat ciia ham s6 1a 3.
Cau tréc nghiém trd 1&i ngén
~ P 1 Y
Cau 17. Ham so y = ZlA — 51‘3 ¢6 bao nhiéu diem cyec tri? KQ:

mx + 2
T+m
s6 nghich bién trén khoang (0;1). Tim s6 phan tit ctia S. KQ:

Cau 18. Cho ham s6 y = , m 1a tham s6 thuc. Goi S 1a tap hop téat ca cac gia tri nguyén ciia m dé ham

Cau 19. Tim gia tri ctia tham s6 m dé ham s6 f(z) = (m? — 3)z — 2mInz dat cyc tiéu tai diém zq = 1.

KQ:
Cau 20. Goi A, B la hai diém cyc tri ctia do thi ham s6 y = 2% — 322 + 4. Tinh dién tich S ctia tam gidac OAB
véi O 1a gbce toa do. KQ:

A . . . > Z 2 < Z 1 N
Cau 21. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé ham s6 y = §z3 — (m —1)z% — (m — 3)x + 2024m dong

bién trén cac khoang (—3; —1) va (0;3)? KQ:

Cau 22. Goi (P) la parabol qua 3 diém cyc tri ctia do thi ham s6 y = Zx4 — ma? + m?. Tim tat ca cac gia tri

thyc clia tham s6 m dé (P) qua A(2;24). KQ:
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

v 7/ 7 7
GIA TRI LON NHAT VA NHO NHAT CUA HAM SO

8
A-DE 1

BB cau trdc nghiém nhidu phurong én Iya chon

- : : 2 A 2 N A 3
Cau 1. Tim gia tri nho nhat cta ham s6 y = T . trén doan [—1;0].

@minyz—& miny:—2. @miny:—4. @minyz?;.

[~1;0] [~1;0] [~1;0] [~1;0]
Cau 2.
Gi4 tri nhoé nhat trén tap xac dinh ctia ham s6 c6 do thi sau 1a Yy
@miny:—l. minyzl. @minyz(). @minyz—?. -1 To 1
9 9 9 9 '
|

Cau 3. Tim gia tri 16n nhét ctia ham s6 f(z) = 2 — 22% — 42 + 1 trén doan [1; 3].

(A) max f(zx) = —7. maxf(:v) = —4. @max f(z) = -2 @maxf(x) = —%.

[1;3] (1;3] [1;3] [1;3]

Cau 4. Gia tri 16n nhat ctia ham s6 y =

1
x+2 tren [~1;0] 1a

1 2
®— - _g' (©2. (D)o.
Cau 5. Cho ham s6 f(z) = —22* + 422 4 10. Tim gi4 tri 16n nhat M vi gia tri nhé nhat m ctia ham s6 trén doan
[0;2].
(A) M =10;m = —6. B)M =12;m = —6. (© M =10;m = 8. (D)M = 12;m = —8.
Cau 6. Gi4 tri 16n nhat cia hAm s6 y = vz +2 — =z 1a
) 9
®-2. ®Vi-1. ©° D).
Cau 7. Tim gia tri 16n nhat M clia ham s6 y = —2/4 — z.
B M = —4. B)M = —2. ©M=1. DM =
z+1
Va2 +1
B M =2V/2. B)M =1. ©M =2 DM =

2 o fr o s ... N
Cau 9. Gia tri 16n nhat cia ham s6 y = 2z + — khi 2 < 0 1a
x

@ 2v/2. —24/2. @Kh@ng ton tai. @4.

Cau 10. Gia tri 16n nhat ctia ham s6 f(z) = (1 — 22) trén khoang (0;1) 1a
1 1 23
—. —. 0. —_
®! 5L © DR

Cau 11. Cho ham s6 y = f(z) ¢6 dao ham cap hai trén R. Biét f/(0) = 3, f/(2) = —2 va bang xét dau cia f"(x)
nhu sau

Cau 8. Tim gia tri 16n nhat M ctia ham s6 y = tren khodng (—oo; +00).

x —00 0 2 +00
1 (x) + 0 - 0 +

Ham s6 y = f(x + 3) + 2z dat gia tri nho nhét tai diém z¢ thuoc khodng nio sau day?
@) (3; +o0). (—00; =3). ©(0;3). ©)(-20).

Cau 12. Xét ham s6 f(z) = |2® + ax + b|, vdi a, b 1 tham s6. Goi M 1a gid tri 16n nhat ctia ham s6 tren [—1;3].
Khi d6 M nhan gia tri nhd nhat c6 thé dugc, tinh a + 2b.

@B 3. (B)4. (©) -4 (D)2.
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JZ G 11 16n nhét va nhd nhét clia ham sé Khi thanh cong ban néi gi cting ding

y / J J

B3 cau trdc nghiém diing sai

Cau 1.
Ham s6 y = f(z) lién tuc trén doan [—1;3] va ¢6 bang bién )
thien nht sau. Goi M va m lan lugt 1a GTLN va GTNN ctia | * | ~ 0 2 3
ham s6 trén [—1;3]. Khing dinh nao ding? Y + 0 - 0 4+
a) m= f(2). b) M = f(4).
c) m=f(-1). d) M = £(0). 5 4
0 1

Cdu 2. Tim khéng dinh dang. Xét trén khoédng (—oo; +00), ham s6 y = % 4 222 — 3

a) khong c6 ca gia tri 16n nhat va nho nhat. b) c6 cuc tri.

c) c6 gid tri nhé nhat. d) c6 gid tri 16n nhéat.
Cau 3.
Cho ham s6 y = f(z) lien tuc trén R va ¢6 do thi nhu hinh duéi day. Ménh dé nao y
ding?

a) Ham s6 nghich bién tren khoang (0;1). b) Ham s6 dong bién tren khodng (—1;2).

c) Ham sb c6 ba diém cyc tri. d) Ham sb c6 gia tri 16n nhat bang 2.

Cau 4. Cho ham s6 y = f (z) x4c dinh va lien tuc trén khoang (—3;2) ¢6 lim f(z) = —5, lim f(z) =3 va
z—(=3)" z—2—

c6 bang bién thién nhu sau

x -3 -1 2
y + 0 - 0 +
0 3
-5 —2

Meénh dé nao dué6i day dung?

a) Ham s6 khong c6 gid tri nho nhat trén khoang (—3;2).
b) Gia tri cyc dai ctia ham s6 bang 0.

c) Gi4 tri 16n nhat ctia ham s6 trén khodng (—3;2) bang 0.
d) Gi4 tri cyc ticu ctia ham s6 biang —2.

Cau tréc nghiém trd 1&i ngén

Cau 1.
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

Cho ham s6 y = f(z) lién tuc trén doan [—1; 3] va ¢6 do thi nhu hinh vé beén. y
Goi M,m lan lugt 1 gia tri 16n nhat va gia tri nhé nhat ctia ham s6 da cho
tren doan [—1;3]. Tinh M — m. S ‘
1
|
-1 :
) 2 @
1
—2
3T
KQ:
Céau 2. Biét ham s6 y = 23 — 322 — 9z + 28 dat gid tri nhé nhat tren doan [0;4] tai xo. Tinh P = z¢ + 2.
KQ:
~ 2 2 r—1m . . 5 % N >
Cau 3. Tim m dée ham s6 y = 1 c6 giad tri nhé nhat trén [0; 1] bang —2. KQ:
mx
Cau 4. Tim m dé ham sb6 y = v __:11 c6 gia tri nho nhat tren [0; 1] bang —2. KQ:
mx

Cdu 5. Mot xudng in c6 8 méy in, mdi may in duge 3 600 ban in trong mot gid. Chi phi dé van hanh mot méy
in trong mdi l1an in 14 50 nghin dong. Chi phi cho n may in chay trong mot gio 1a 60(6n + 10) nghin dong. Hoi

néu in 50 000 t& quang céo thi phai sit dung bao nhiéu may in dé dugc 1ai nhiéu nhéat?

Cdu 6. Ong An mudn xay mot cai bé chita nuée 16n dang mot khéi hop chit nhat kho

KQ:

ng nip co thé tich bing

288 m?. D4y bé 1 hinh chit nhat c6 chidu dai gip doi chiéu rong, gia thué nhan cong dé xay bé 1a 500 000 dong/m?.
Néu ong An biét xac dinh cac kich thudc ctia bé hop 1f thi chi phi thué nhan cong sé thap nhat. Héi ong An tra

chi phi thip nhat dé xay dung bé dé 1a bao nhieu? (Don vi: trieu dong)

KQ:
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JQ. G 11 16n nhét va nhd nhét clia ham sé Khi thanh cong ban néi gi cting ding

AL

n Cau tréc nghiém nhiéu phuong an lva chon

Cau 1. Cho ham s6 y = f(z) lién tuc trén [—3;2] va c6 bang bién thién nhu hinh duéi day. Goi M va m lan lugt
la gia tri 16n nhat va gia tri nho nhat ctia ham s6 y = f(z) trén [—1;2].

x| -3 -1 0 1 2
vy + 0 - 0 + 0 -

N TN

Gia tri ctia 5M — 2m biang bao nhiéu?
A 15. (B)3. ©17. (D)-15.

2
3
z +1 trén doan [2;4] 1a

Cau 2. Gia tri nho nhat ciia ham s6 f(x) =

A7 (B)6. L) 13

3 3
3r —

~ ) N . e e . 1 o
Cau 3. Goi M, m lan lugt 1a gia tri 16n nhat, gid tri nhé nhat cia ham s6 f(z) = 3 trén doan [0; 2]. Gia tri

ctia 3M + m bang

A)o. (B)—4. (©-2. (D)1.

Cau 4. Goi M va m lan luct 1a gia tri 16n nhat va gia tri nhé nhat cia ham s6 y = v/1 — 2 + /1 + x. Gi4 tri clia
M — 2m? bing

B —2. B)2. (©o. (D)-1.
Cdu 5. Gia tri nhé nhat ciia ham s6 y = 2cos® x — gcos2 x + 3cosx + 1 1a

&) —9. B)1. @—g. @%
Cau 6. Gia tri 16n nhat ctia ham s6 y = —3 + 3z + 1 trén khoang (0; +-00) bing

@)1 (B)3. ©-1. D)5.

Cau 7. Cho ham s6 y = f(x) ¢6 do thi nhu hinh vé. Goi m va M lan lugt 1a gid tri nho nhat va gia tri 16n nhat
ctia ham s6 f(x) trén doan [—1;1].

Khang dinh nao sau day la ding?
(B)m+ M =2. B)m+ M= —2. (©m+M=0. D)m + M = 3.

Cdu 8. Tim gia tri thuc clia tham s6 @ dé ham s6 f(x) = —2® — 322 + @ c6 gia tri nhd nhat trén doan [—1;1]
bang 0.

B a=2. (B)a = 6. (©a=0. (D)a = 4.

Cau 9. Cho ham s6 y = f(z) lien tuc tréen R va ¢6 do thi nhu hinh duéi
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

y / J J

Tim gia tri 16n nhat ctia ham s6 y = f2(z) + 3 trén doan [0;2].
A)12. (B)13. (©2. (D)9.

2
A £ T — . N P4 N .z < 14 % P 27 s X s ez . 2
Cau 10. Cho ham s6 f(z) = v6i m 1& tham s6 thyc. Tim gia tri 16n nhat ctia m dé ham so ¢6 gia tri nhéd

nhat trén doan [0; 3] biang -2.
@m:—4. m:5. ©m24. @mzl.
Cau 11. Cho ham s6 f(x) c6 dao ham f/(x) = (x + 1)(x — 1)?(x — 2). Gia tri nhé nhat clia ham s6 g(z) =

1 N
flz)+ gm?’ —x — 2 trén doan [—1;2] bang

4 8 4
®f2) -5 ® 1) -5 ©f(0) -2 ONCHEES
Cau 12. Héi tap hop nao dudi day chita tat ca cac gia tri thuc ctia tham sé m dé gia tri 16n nhat ciia ham s6

y = |z* — 22% + m| trén doan [0; 2] bang 57

() (—o0; —5) U (0; 400). (=5; —2). (©)(—4;-1)U (5;4+00).  (D)(—4;-3).

B3 cau trdc nghiém diing sai
Cau 1. Cho ham s6 y = f(z) xac dinh trén tap 2. S6 M va m lan lugt duge goi la gia tri 16n nhat va gia tri nho
nhét ctia ham s6 y = f(x) trén 2.

a) f(z) > M v6i moi x € Z thi M 1a GTLN ctia ham sb.

b) m 1a GTNN néu f(z) > m véi moi z € Z va ton tai g € Z sao cho f (zg) = m.

c) M—m=0.

d) M 1a GTLN néu f(z) < M v6i moi z € Z va ton tai g € 2 sao cho f (zg) = M.

Cau 2. Ham s6 y = f(z) lién tuc trén doan [—2;1] va c¢6 hinh vé nhu sau.

Goi M va m lan lugt 1a GTLN va GTNN ctia ham s6 trén [—2; 1]. Xét tinh ding sai trong cac khang dinh sau
a) m=—4. b) M = —1.
c) M+m=—-4. d) Ham s6 dat GTLN tai z = —1.

~ . T —m?
Cau3. Hamso y = T Xét trén doan [—4; —2| thi

T+
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JQ. G 11 16n nhét va nhd nhét clia ham sé Khi thanh cong ban néi gi cting ding
2

y / J J

3
D mgnytT Pmmy=2ont O mny=gont Q) muy=2em

Cau 4. Ham s6 y = f(z) lién tuc trén doan R v ¢6 bang bién thien nhu sau. Goi M va m lan lugt 14 GTLN va
GTNN ctia ham s6. Khi d6

z —00 -1 0 % +00
Y -0 + 0 + 0 +
400 +00
Yy \ /
1
a) m=1. b) M = +oc.
c) Ham s6 khong c6 gia tri 16n nhat. d) m=1taiz=1.

Cau tréc nghiém trd 1&i ngén

Cau 1. Goi m va M lan lugt la gia tri nhd nhat va gia tri 16n nhat cia ham s6 y = ix — vz + 2 trén doan

[~1;34]. Téng S = 3m + M bing KQ:

Cau 2. Cho ham s6 y = (x +m)? — 3(x + m) + 1 + n. Biét ham s6 nghich bién trén khoang (0;2) va gia tri 16n
nhat ctia ham s6 trén [—1; 1] bang 4. Tinh m + n. KQ:

Céau 3. Cho ham s6 y = (—2® + 3z —m — 1)2. Tinh tong tat ci céc gia tri ctia tham s m sao cho gia tri nhd

nhat ctia ham s6 trén doan [—1;1] béng 4. KQ:

~ 2 1 . . 2 . . 9
Cau 4. Mot vat chuyén dong theo quy luat S = —§t3 + 92, v6i t (giay) la khodng thai gian tinh tir Iic vat bt

dau chuyén dong va S(m) 14 quing duong vat di duge trong thai gian d6. Trong khoang thai gian 10 giay, ké tit

ldc bat dau chuyén dong, tinh van toc 1én nhat cia vat dat dugc. KQ:

Cau 5. Mot ctia hang ban vai Thanh Ha véi gia ban mdi kg 1a 50 000 dong. V6i gia ban nay thi cita hang chi ban
duge khoang 25 kg. Cita hang nay du dinh gidm gid ban, wdc tinh néu cita hang cit gidm 4000 dong cho mot kg
thi s6 vai ban dugce tang them 1a 50 kg. X4c dinh gia ban (don vi nghin dong) dé cita hang d6 thu dugce 1gi nhuan
16n nhat, biét rang gid nhap vé ban dau mdi kg 1a 30000 dong. KQ:

Cau 6. Nha xe khoan cho hai tai xé An va Binh mdi ngusi lan lugt nhan 32 1it va 72 lit xdng trong mot thang.
Biét ring trong mot ngay tong sé xang ca hai ngusi sit dung 14 10 lit. Tinh tdng s6 ngay it nhat dé hai tai xé sit

dung hét s6 xing. KQ:
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

y / J J

PUONG TIEM CAN

A-DE 1
n Cau tréc nghiém nhiéu phuong an lva chon
Cau 1. Cho ham s6 y = f(z) ¢c6 lim f(r) =1 vad lim f(x) = —1. Khing dinh ndo sau day la khéng dinh
T——+00 T——00
dang?
@ Do thi ham s6 da cho c6 hai duong tiem can ngang la cac dudong thang r =1 va z = —1.
Do thi ham s6 da cho khong c6 tiém can ngang.
@ D6 thi ham s6 da cho ¢6 ding mot dudng tiém can ngang.
@ D6 thi ham s6 da cho c6 hai dudng tiém can ngang la cac dudng thang y = 1 va y = —1.

Cau 2. Tiém can ngang ctia do thi ham s6 y = z . c6 phuong trinh 13
x

@y:—Q. yzl. ! @w:—l. @3322.

20+ 4

@yz—?. 33:—2. @mzl. @yzl.

Cau 4. Cho ham s6 y = f(x) c6 bang bién thién nhu sau

Cau 3. Tiém can ditng ctia do thi ham s6 y =

c6 phuong trinh 1&

T —00 0 3 400
Y — - +
1 2 3
—00 -3

Tdéng s6 tiem can ding va tiém can ngang ctia do thi ham s6 da cho 1a
B 2. 3. (©)4. D)1.

Cau 5. Cho ham s6 y = f(x) c6 bang bién thién nhu sau

T —0 2 +00
y - -
3 400
—00 3

Tiem can ding ctia do thi ham s6 da cho la dudng thing c6 phuong trinh
@x:—l. y:—l. @y:—Q. @a::—Q.

Cau 6. Trong cac ham s6 dudi day, ham s6 ndo nhan duong thing x = 1 1a dudng tiém can ding?

2r — 1 2422 -3 2
By = 5_1- y=%- ©y=o-Vat+2. Dy=5——

3 224+ +1

Cau 7. Ham s nao sau day c6 mot dudng tiem can?

3 243 -2 2 4
@y:;*_l, @®y=21022 ©y=— Dy =

x+3 2+ 1 x—1
Cau 8. Cho ham s6 y = f(x) ¢6 do thi nhu hinh vé dudi day
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JS. Budng fiém cdn Khi thanh céng ban ndi gi cing ddng

y / J J

D6 thi ham s6 c6 dudng tiem can xieén di qua diém nao duéi day?
) M(1;2). B)N(-2;1). (© P(2;2). DQ(1;-1).

Cau 9. Cho ham s6 y = f(x) ¢6 do thi nhu hinh vé dudi day

Y
| 13
|
l
| 12
|
|
___________ I
|
|
|
| | _1 1 |
3 2 | O 1 v
|
l 11
|
|
Khéng dinh nao sau day ding?
(A)z = 1 1a dudng tiem can ding ciia ham sb. y = —1 14 dudng tiém can ding ctia ham sb.
@x = —1 la dudng tiém can ngang ctia ham s6. @ y = 1 la dudng tiém can ngang ctia ham sob.
~ . -1 N
Cau 10. Cho ham s6 y = ¥ Xét chc ménh dé sau
2?2 —3x+2

(I). D6 thi ham s6 ¢6 tiém can ngang y = 0.

(IT). D6 thi ham s6 c6 hai tiem can ding z =1 va x = 2.

(IIT). D6 thi ham s6 khong c6 tiém can xién.

Meénh dé nao sau day 1a dang?
(A) Chi c6 (II1) ding. Chi ¢6 (I) va (II) dtng.
(€)Chi ¢6 (I) va (III) diing. (D) C4 3 ménh dé déu diing.

Cau 11. Vdi gia tri ndo clia m thi tiém can xién ctia do thi ham s6 y = 2 +m + di qua diém M (1;2).
m—x

@mzl. sz. @mzZ. @m:3.

~ : s - , - X 1t Tae oA r+2 )
Cau 12. Tim tong tat ca cac gia tri nguyén duong ctia tham sb m sao cho do thi ham s6 y = % c6 3
x? —4dx+m

duong tiém can?

@6. 2. @5, @4_
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

y / J J

B3 cau trdc nghiém diing sai

a? — 2z + 2
—7
a) Ham s6 c¢6 hai duong tiem can.
b) Giao diém ctia hai tiem can la I(—2; —6).

c) Khoang céch tit O dén duong tiém can xién bing 4v/2.
d) Tiem can xién ctia ham sb di qua diém M (0; —4).

3 R
vt T Cac ménh de sau dang hay sai?

Cau 13. Cho ham s6 y = . Cac ménh dé sau ding hay sai?

Cau 14. Cho ham s6 (C): y =

a) Do thi ham s6 c6 tiem can ding z = 1.
b) D6 thi ham s6 ¢6 tiém can ngang y = 1.
¢) Tam déi xing ciia do thi ham s6 (C) c¢6 toa do 1a I(1;1).
£ £ N P . 1
d) Tiép tuyén cta do thi ham s (C) tai diem A(—3;0) c6 phuong trinh la y = 1% 1.
Cau 15. Cho d6 thi ham s6 y = f(x) nhu hinh bén duéi

Y

1

______________ 1

1 19) / T
Cac menh dé sau dung hay sai?
a) DO thi ham s6 ¢6 hai duong tiem can. b) Tam déi xing ctia do thi ham s6 1a diém A(1;1).
c) Ham s6 y = f(x) ¢6 dao ham ¢/ > 0,Vx # —1. d) Ham s6 nghich bién trén tap xac dinh.

5V 46+ —12

Cau 16. Cho ham s6 y = c6 do thi (C). Cac ménh dé sau ding hay sai?

473 — 3x — 1
a) Do thi (C) cia ham s6 khong c6 tiém can.
b) D6 thi (C) ctia ham s6 chi ¢6 mot dudng tiem can ngang y = 0.
N . 1
c) Do thi (C) ctia ham s6 ¢6 mot dusng tiem can ngang y = 0 va hai duong tiém can ding x = 1;z = —5
d) Do thi (C) ctia ham s6 chf c6 mot duong tiem can ngang y = 0 va mot dudng tiem can ding z = 1.

Cau tréc nghiém trd 1&i ngén

~ . 2¢ — 1
Cau 17. Cho ham sb y = a:
T+ 3

. Goi z = m va y = n lan lugt 14 duong tiém can ding va tiém can ngang clia

N P . 2m —1
db thi ham s6. Tinh gi4 tri ciia bidu thic P = m+ 5 KQ:
n
Cau 18. Cho ham s6 y = ;x_{jl Toa do tam dbi xing ctia do thi ham s6 c6 dang A(m;n). Tinh m + n
x

KQ:

Cau 19. Cho ham s6 y = x — Va2 + x — 4. C6 mot dudng tiém can ngang 1a y = m hiy tim duong tiém can do
n
KQ:
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JS. Budng fiém cdn Khi thanh céng ban ndi gi ciing ddng

y / J J

2

“ . 2c -3 .. .. P . . .

Cau 20. Cho ham s6 y = $+—$2’ do thi ham s6 ¢6 duong tiém can xién c¢6 dang (C): y = ax + b. Tinh gia
x —
tri ctia bidu thitc P = %. KQ:

A N 2z r—1 2 . cs e Z 2 2 N 4 . s
Cau 21. Cho ham s6 y = F_@milrtmE—3 Tong cac gia tri ctia tham s6 m dé do thi ham s ¢6 diang
hai dudng tiém can biang bao nhieu? (két qua lam tron dén hang phan chuc) KQ:

A~ Z - 2 2 X . Z . «Z 2 .
Cau 22. Cho ham so y = Qw— tim m dé do thi ham s6 ¢6 ding mot tiém can ding. Biét tong cic gia

T4 — 3m:va+ m
tri ctia tham s6 m c¢6 dang phan s6 b tinh téng S = a + b KQ:
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

AL =

“ Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho ham sb f(x) x4c dinh va lién tuc trén R\ {—1} ¢6 bang bién thién nhu sau

z —o0 -1 +00
f(@) - -
) +00
—00 2

Khing dinh ndo sau day ding
@ D6 thi ham s6 f(x) c¢6 hai tiem can ngang y = 2, y = 5 va ¢6 mot tiem can ding 1a o = —1.
Do thi ham s6 ¢6 bon duong tiém can.
@ D6 thi ham s6 c¢6 hai duong tiém can.
@ Do thi ham s6 ¢6 mot duong tiem can.
Céau 2. Duong thing z = a dugc goi 13 mot dudng tiem can diing (hay tiém can ding) ctia do thi ham s6 y = f(x)

néu diéu kién sau thod méan

@ lim f(z) = a. lim f(x)= +ooc. @ lim f(z)=a. @ lim f(z) = a.

T—+00 T—a~ T——00 T—a

Cau 3. Duong thang y = m duge goi 1a mot dudng tiem can ngang (hay tiém can ngang) clia do thi ham s

y = f(x) néu
®xll>r—|r-loo f(z) = m hoac xEIme(m) =m. xlgrolo f(z) = —m hoac xlggo flz) =—m.
@wh_gln f(z) = 400 hoac :Eh_r)gln f(z) = —o0. @xgrzlmf(x) = 400 hodc xli)rllmf(:v) = —00.
Cdu 4. Dudng thing y = ax + b,a # 0, dudc goi 14 duong tiém can xien (hay tiém can xién) ctia dd thi ham s6
y = f(z) néu
xEr_noo(f(:U) —az —b) = 0 hodc zll}riloo(f(x) —ar—0b)=0.
mgriaoo(f(x) —ax +b) = 0 hodc zgrfoo(f(x) —axr+b) =0
(© lim[f(2) - (az + b)] = 00 hodc lim[f(x) — (az + b)) = —oc.
@xgllloo(f(l’) —ax +b) = a hodc xll}l_il_loo(f(x) —ar+0b) =a.
Cau 5. Dua vao do thi ham sb
)
r=—1
-1 1
19 x
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y& Budng fiém cdn

Khi thanh céng ban ndi gi cing ddng

@ D6 thi ham s6 chi ¢6 2 duong tiém can ding x = —1 va x = 1.

D6 thi ham s6 c¢6 3 dudng tiém can.

@ Do thi ham s6 c¢6 4 duong tiém can.

@ D6 thi ham s6 c¢6 2 dudng tiém can ding va 1 duong tiém can xién.

r—2 N N ~
1 ¢6 may dudng tiém can?

Cdu 6. Do thi ham s6 y = —
x J—

®)3. ®)1. ©:2.

2
~ . . . . -1
Cau 7. Tiém can xién ctia ham s6 f(z) = rrr-2 1a

T
@y:x—l. y:x—2. @y:x—&

Cau 8. Do thi sau la ciia ham s6 nao sau day

y / J J

@yzw—l—l.

Yy
0, 1 2
- x
r=2
r=1
222+ 3 2r — 3 2r — 3 2r — 3
@5$2—151‘+10' 1‘2—51‘4—6' ©5x2—15aj+10' @3324-1‘—6'
Cau 9. Bang bién thién sau la ctia do thi ham s6 nao sau day
x —0 1 +00
f(z) - -
+00 +00
f@ | T T
o0 —00
z+1 —x% 4 2z 2’4z T+ 2

. B 2z
Cau 10. DO thi hAm s6 y = ——
' vr?—1

®)2. ®1. ©)s.

(a —3)x + a+ 2025
z— (b+3)

c6 sd dudng tiem can 13

Cau 11. Biét rang do thi ham s6 y =

lam tiém can ding. khi d6 gia ctia a + b 1a

@A) 3. B)-3. (©o.

(D)4.

nhan truc hoanh lam tiém cén ngang va truc tung

(D)6.

Cau 12. Giao diém ciia hai dudng tiém can ciia do thi ham s6 nao duéi day nim trén dudng thing d : y =

_2x+1

2 —1 T+ 4

T+ 3 T

1
@334-3'
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

y / J J

B3 cau trdc nghiém diing sai

Cau 13. Cho céac phat biéu sau

a) Néu chi c6 diéu kien lim+ f(x) = 400 thi dudng thang r = a khong dudc goi la dudng tiem can ding cta
T—a

dd thi ham s6 f(z).
b) Dudng thing y = m dudc goi la mot dudng tiem can ngang (hay tiém can ngang) ctia do thi ham s6 f(x)
néu lim f(z) =m hoic lim f(x)=m.
T——00 T—+00
c) Dudng thing y = ax + b,a # 0, duge goi la tiem can xién (hay tiém can xién) ctia dd thi ham s6 f(z) néu
lim [f(z) — (az+ )] = 0.

d) Tiém can xién y = ax + b,a # 0 ctia f(z) v6i heé s6 a = lim M
r—+oo I
~ ) 322 +1)(z —3
Céiu 14. Cho ham s6 = S + D@ =3)
(x+1)3
a) Ham s6 khong c¢6 tiém can ngang. b) Ham s6 ¢6 ding mot tiém can ngang.
c) Ham s6 ¢6 mot tigm can xién. d) Ham s6 khong c6 tigm can ding.
Cau 15. Cho do thi ctia ham s6 f(x) nhu hinh sau
Yy
x 1 y=zx+
N4
0 x

a) y =z + 1 la dudng tiém can ngang clia ham s6 f(z).
b) ham s6 f(z) c6 mot duong tiem can ding va mot dudng tiém can xién .
2
N P 2 2
¢) do thi ham s6 ¢6 phuong trinh 1a f(x) = %
x

d) ham s6 f(z) c6 dudng tiem can xién la y = x + 1.

~ . . b ) . .
Cau 16. Do thi trong hinh 1a ctia ham s6 y = a:nj— .(a,b,c € R). Khi d6 tong a + b+ ¢ bang
x+c
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y& Budng fiém cdn

Khi thanh céng ban ndi gi cing ddng

y / J J

Yy
1
O x
-1
\ N
a) Ham sb c¢6 tiem can ngang la y = —1. b) Ham s6 ¢6 tiem can ding la z = 1.
c) atb+c=0. d) Ham s6 dong bién trén cac khoang xéac dinh.
Cédu tréc nghiém trd 16i ngén
A X . Z - 3 . .
Cau 17. D6 thi ham s6 y = % ¢6 bao nhiéu dudng tiém can ding? KQ:
2+ —

Cau 18. Cho ham s6 y = f(z) xéc dinh trén R\ {—1} c¢6 bang bién thién nhu hinh duéi day, ham sé c¢6 bao

nhiéu tiém cén ngang

T —00 —1 2 +00
f'(x) + - 0 +
+o00 | +00 400
fw | N
-1 0

Cau 19. Cho ham sb f(z) x4c dinh va lien tuc trén R\ {—

KQ:

1}, ¢6 bang bién thién nhu sau:

T —00 —1 +o0

f'(=) -

f(x) \

.

—00 -2
2. X . N £ ]‘ Pe £ 2 PN N PN ~ 2, N PN ~
Héi do thi ham s6 y = m c6 tat cd bao nhiéu dudng tiém can ding va tiém can ngang? KQ:
x
~ . ca e A 2 . 21 s 2 x+2 .
Cau 20. C6 bao nhiéu gia tri nguyén ciia tham s6 m thuoc doan [—2025;2025] dé ham s6 y = ———= ¢6

hai tiém can ding?

Cdu 21. S6 gia tri nguyén clia tham s6 m dé ham sb6 y =

tiém can ding va tiém can ngang) la

Va2 —4z +m

KQ:

1+vzx+1

22— (1—m)x+2m

c6 3 duong tiem can (bao gom

KQ:
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J Phén 1. UNG DUNG DAO HAM BE KHAO SAT HAM sO Khi thanh cong ban néi gi ciing ding

y / J J

Cau 22. Cho ham da thiic bac ba y = f(z) ¢6 do thi nhu hinh vé

Y

Téng s6 duong tiém can ngang va tiem can ding ctia do thi y = 1a KQ:
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JA. Khé&o sat sy bién thien va vé dd thi ham sé Khi thanh cong ban néi gi cting ding

v 2 7 7
KHAO SAT SU BIEN THIEN VA VE PO THI HAM SO

7
A-BE 1

®
n Cau trdc nghiém nhiéu phuong dan lua chon
~ Z .2 X . Z 2 4
Cau 1. S6 diém c6 toa do nguyén trén do thi ham s6 y = * +1 la
x J—
). B)7. (©)9. (D)6.
A N . z - 1 Z. - 2
Cau 2. Do thi ham s6 y = :E 5 ¢6 tam doi xing 1a diém co6 toa do
—x
@) 1(2-1). ®1(-2:1). ©1(2:0). @12 -1).
Cau 3.
D6 thi nhu hinlll vé 1a clia ham sb . . . y
T — T+ T+ T — !
@y_—x—l' y_a;—l' ©y_—x+1' @y_ac—kl' k
|
_______ éq_ﬂ""""
1! x
!
|
Cau 4.
D6 thi nhu hinh vé 1a ctia ham s6 y
@y:x3—x2+x+1. y:a:3—3x2+3.
@y:x3+3x2+3w+1. @y:x2+2az+1.
/0 VA
Cau 5.
. BT T Tea 1a ARt o s A AT b
Dudng cong & hinh bén 1a do thi cia ham s6 y = . Ménh deé nao duéi day dang? y
cx +d J !
@y/<0,vx7é2. y/<O,Vm7é—1. ________ J_,,Q__/___
©y >0, Ve #2. D)y >0, Vo # —1. |
—1} [0} x
!
|
Cau 6. Bang bién thién sau l1a ctia ham s6
x —00 0 2 +00
Yy’ + 0 — 0 +
-1 +00
—00 -5

@y:—w3—3w—2. y:x3—3x2—1. @y:—x3+3$2—2. @yz—x3+3x2—1.

Cau 7.
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J Ph&n 1. UNG DUNG DAO HAM BE KHAO SAT HAM SO

Khi thanh cong ban ndi gi cing ddng

ar —

Xéc dinh céac hé s6 a,b,c dé dd thi ham s6 y = -
x +c

Ba=2b=—1,c=1.
Da=2,b=1,c=—1.

bén:
Ba=2b=2c=-1.

(©a=2b=1,c=1.

Cau 8.
Dudng cong & hinh bén 1a do thi ciia ham s6 y = ax® + bz? + cx + d. Khi d6 phuong
trinh 3/ = 0
@cé hai nghiém z =0 va z = 1. cé hai nghiém =z = +1.
@VO nghiém. @ c¢6 mot nghiém kép = = 1.
Cau 9.

Duong cong sau day 14 dd thi ham s6 nao?

@y:—m3—3m+2. y:x;l.
©y=

@y:m3+3m—2.

x+1

1 . p
¢6 do thi ham s6 nhu hinh vé

Y

y / J J

o
-2
—2
Cau 10.
Bang bién thién ¢ hinh vé 13 ctia ham s _
@ o+l ® r+2 r o 1 0
= i = . 1 —+00
Yy \ \
—00 1
R < o, . L T—2
Cau 11. D6 thi ctia ham s6 y = 1 1a
/ ’
y
\_ 2
1
ol 1\|2 x
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ya. Khdo sat su bién thién va vé dd thi ham sé

Khi thanh céng ban ndi gi ciing ddng

/ y

1

—1o/2x

©

Cau 12. Cho ham s6 g(z) lién tuc tren R théa man ¢'(0)

Y

\/\/x

-1 |0 \/

1"0\@/ x

B3 cau trdc nghiém diing sai

©

y / J J

=0, ¢"(x) <0, Vo € (—1;2). Do thi cta g(z) la

Y

Cau 13.

~ ~ N X . 2 N A ax -I_ b 2 z - . 2 z ~
Hinh vé sau la do thi ctia ham s6 y = npt Xét tinh ding sai ctia cac ménh y

cr

dé sau.

a) ad > 0. b) bd < 0. c) ab>0. d) ad —bc < 0.

O
Cau 14.
.. (a—1)z+b s . e L , )
Cho ham s6 y = ————, d < 0 ¢6 do thi nhu hinh vé. Xét tinh ding sai y
(c—1Dz+d

ciia cac khang dinh dudi day.
a) a>1,b>0,c<1.
c) a<1l,b>0,c<1.

Cau 15.

b) a>1,b<0,c> 1.
d)a>1,b>0,c>1.
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J Ph&n 1. UNG DUNG DAO HAM BE KHAO SAT HAM SO

Khi thanh cong ban ndi gi cing ddng

Cho ham s6 y = ax® + bx? + cx + d c6 do thi nhu hinh bén. Xét tinh ding
sai clia cac ménh dé sau.

a) ad > 0. b) be > 0. c) ad < 0. d) abe < 0.
Cau 16.
24
Cho ham s6 y = 2227 F € (5 43 thi nlnt hinh vé ben. X6t tinh diing sai
mx +n

ctia cac khang dinh sau.
a) Ham s6 c¢6 2 cuc tri.
b) Tcp = —2.
n
c) —=—-1L
) m

d) Do thi ham s6 ¢6 tam ddi xing la I(—1,2).

Céu trdc nghiém tré 16i ngdn

Cau 17.
ar +b

Hinh bén 1& do thi clia ham s6 y =
Tr+c

bao nhiéu?

Cau 18.

Cho ham s6 y = f(z) = az® + ba? + cx + d c¢6 do thi (C') nhu hinh vé. Khi d6
f(5) bang

Cau 19.

y / J J

(v6i a,b,c € R). Khi d6 ab — ¢ bang

—10/1 2 x
-1
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JA. Kh&o sat su bién thien var vé dd thj ham sé Khi thainh céng ban néi gi cing dang

y / J J

P 2 N s
Cho ham s y — “xi ¢6 db thi nhu hinh vé. Tich acd biing bao .
cx
nhiéu?
1
) O 3 T
-1
Cau 20.
Cho ham s6 bac ba y = az® + bx? + cx + d c6 do thi nhu hinh vé. Tim gid tri nhd nhat ciia y
biéu thic P = a? 4+ ¢ + b+ 1. (Két qua lam tron dén hang phan tram).
0] xT
Cau 21.
Cho ham s6 bac ba f(z) = 23 + bz? + cz + d. Biét do thi ctia ham s6 y = f/(z) nhu y

c . R
hinh vé. Gia tri ctia 5 la (lam tron dén hang phan chuc)

~ N ) 8 P .
Cau 22. Cho do6 thi ham s6 y =5z — 1 + . c6 tam doi xing I(a;b). Gia tri ctia biéu thic C' = a + 3b.

xr —
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Khi thanh cong ban ndi gi cing ddng

y Ph&n 1. UNG DUNG DAO HAM BE KHAO SAT HAM SO
B-DE 2

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Do6 thi clia ham s6 nao duéi day c6 dang nhu dudng cong trong hinh bén?

@y:$3—3$. y:—x3+3x. @y:xQ—an. @y:—2x2+3.

Cau 2. Ham s6 nao dudi day c6 bang bién thién nhu hinh bén du6i?

x —00 5 +00
y/ — —
1 +00
—00 1

By =

Cau 3. Cho ham s6 y = f(x) x4c dinh, lién tuc trén R va c6 do thi nhu hinh bén.

T —17 T —5 %5 z—3
_ 5 ®)y - 1 ©y:x—1' @y:x—5'

T T

7

0 1 z

D06 thi nao dudi day 1a do thi ctia ham s6 y = f(z) + 17

2
/1 /I
0 1 @ 0 T
® :
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JA. Khé&o sat sy bién thien va vé dd thi ham sé Khi thanh cong ban néi gi cting ding

y / J J

Y Y
2
1 1
o 1 x @) 1 z
© - ©

Cau 4. Cho ham s6 bac ba y = f(x) ¢6 do thi la dudng cong trong hinh bén. S6 nghiém thyc ctia phuong trinh
flz)=—-11la

B 3. B)1. (©)o. (D)2.

Cdau 5. Tim tat ca cac gia tri thyc cia tham s6 m dé do thi ham s6 y = 2> — 322 cit duong thing y = m tai ba
diém phan biét.

(R)m e (—o0; —4). B)m € (—4;0).

@m € (0;400). @m € (—o0; —4) U (0; 400).

Cédu 6. Do thi clia ham s6 y = 23 — 3z + 2 cit truc tung tai diém c6 tung do bing
®)o. B)1. (©)2. (D) 2.
Cdu 7. S6 giao diém ctlia do thi ham s6 y = 2 + 322 va d6 thi ham s6 y = 322 + 3z 1a

A 3. B)1. ©2. D)o.

Cau 8. Cho ham s6 y = f(z) lién tuc va xdc dinh trén R. Biét f(z) c¢6 dao ham f/(z) vd ham s6 y = f'(x) c6 do
thi nhu hinh vé, khdng dinh nao sau day ding?

Y

O 1 z
(A)Ham s6 f(x) dong bién tren R . Ham s6 f(x) nghich bién trén R.
(©)Ham s6 f(z) nghich bién trén (—oo;0). (D)Ham s6 f(x) nghich bién tren (0; +-00).

Cau 9. Cho ham s6 y = f(z) lién tuc va xac dinh trén [—2;2], ¢6 do thi ctia ham s6 y = f’(z) nhu hinh vé. Tim
gia tri x¢g dé ham s6 y = f(z) dat gia tri 16n nhat trén doan [—2;2].
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

y / J J

@x0:2. 170:—1. @:Bo:—Q. @xozl.

Cau 10. Dao ham ctia ham s6 y = f(r) tai diém xq 1a he s6 goc ciia tiép tuyén véi do thi (C) clia ham sb tai
diém Mo(wo; f(z0)). Khi d6 phuong trinh tiép tuyén cta (C) tai diém My 1a

By +y0 = f'(z0) - (x — m0). B)y—yo = f'(x0) - (z + x0).

©y —yo = f'(z0) - (x — o). D)y —yo = f'(z0) - (z0 — ).
Cau 11. Cho ham s6 y = 23 — 22 + 1. Viét phuong trinh tiép tuyén ctia do thi ham s6 tai diém M (0;1).

By =2z +3. By =—2z+1. ©)y =4z +1. D)y = —dz + 1.

Cau 12. Do thi ctia ham s6 y = 22 — 3ma? — x + 3m v6i m 1a tham s6 di qua bao nhiéu diém cé dinh?

@1 B)2. (©3. D)4.

B3 cau tréc nghiém ding sai

Cau 13. Cho mot ham sb ¢6 do thi nhu sau

Yy |
|
|
____________________ Lo
1 l
-1 i
|
|
a) Day la do thi clia mot ham s6 dong bién. b) Do thi ¢6 tiem can ding la x = 1.
c) Do thi c6 tiem can ngang la y = 0. d) Duong cong trén la do thi ctia ham s6 y = T 1
:U —

Cau 14. Cho ham s6 f(z) = axz* + bx? + ¢ c6 do thi 1a dudng cong trong hinh bén.
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JA. Khé&o sat sy bién thien va vé dd thi ham sé Khi thanh cong ban néi gi cting ding

y / J J

a) Do thi clia ham s6 cit truc hoanh tai 2 diém phan biét.
b) S6 nghiém thuc ctia phuong trinh f (z) =1 1a 2.

£ 3
¢) SO0 nghiém thyc ctia phuong trinh f (z) = 3 la 3.
d) Phuong trinh f () — 3 = 0 ¢6 tong cac nghiém bing 0.

Cau 15. Ham s6 y = f (z) lien tuc trén khoadng K, biét do thi ciia ham s6 y = f’ (z) trén K nhu hinh vé bén
dudéi.

VNS

a) DO thi ctia ham s6 y = f’ (z) cit truc hoanh tai 3 diém phan biét.
b) Ham s6 y = f (z) dong bién trén khoang (0;1).

c) Ham s6 y = f (z) nghich bién trén khoang (—1;1).

d) Ham s6 y = f (z) ¢6 2 cyc tri.

Cédu 16. Cho dudng cong (C):y = 23 — 4
a) He sb goc ciia tiép tuyén véi dudng cong (C) tai diem M (0; —4) 1a 1.
b) Phuong trinh tiép tuyén ciia duong cong (C) tai diém c6 hoanh do bing 1 1a y = 3z — 9.
c) Phuong trinh tiép tuyén ctia duong cong (C) tai diém c6 tung do bing 4 1a y = 12z — 20.
d) Phuong trinh tiép tuyén ciia duong cong (C) di qua diém A (2;4) 1a y = 3z — 2 va y = 12z — 20.

Cau trdc nghiém tré 16i ngdn

Cau 17. Cho ham s6 y = Zx i

2 N 2
5 véi a,b € Z ¢6 do thi nhu hinh bén du6i. Tinh gia tri ciia biéu thic T = a + b.

Yy |
|
|
|
|
|
|
|
|
|
|

___________ e

|

|

|

-1 :

\ |

|

|

Cadu 18. Biét dudng thing y = —2x + 2 cit do thi ham s6 y = 23 + z + 2 tai diém duy nhét c6 toa do 1a (zo; o).
Tinh gia tri ctia biéu thitc T = z¢ — yo.

Cau 19. Cho ham s6 y = f () lién tuc trén R va ham s6 y = f/ (z) ¢6 do thi nhu hinh vé.
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J Ph&n 1. UNG DUNG DAO HAM BE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

y / J J

2017 — 2018z

5017 ¢6 bao nhiéu diém cuc tri?

Ham s6 y = f (x) +

Cau 20. Cho ham so y = gx?’ — 222 + 32 + 5. Biét phuong trinh tiép tuyén ciia do thi ham s6 vé6i hé sé géc nho
nhat c6 dang 1a y = ax + b(a,b € R). Tinh gia tri ciia biéu thic T = a + 3b.

Cau 21. Cho ham s6 y = f (x) lién tuc trén [1;3] va c6 bang bién thién nhu sau

x 1 2 3
f(x) + 0 -
4
f(z) / \
1 3

C6 bao nhiéu gia tri nguyeén ctia m dé phuong trinh f (z + 1) = ¢6 nghiém trén khoang (1;2)7

m
2 —4x+5

o ) 2z —1 R ) . )
Cau 22. Cho ham s6 y = x+ 1 c6 do thi (C). Tinh tong hoanh do cta hai diem nam trén (C) doi xing nhau
x

qua dudng thang d : y = 3z + 5.
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J5. Ung dung dao ham dé gidi quyét mot sé van dé lién quan dén thuc fién Khi thainh céng ban néi gi cting dung

8

y / 7 7
UNG DUNG DAO HAM DE GIAI QUYET MOT SO VAN DE LIEN
QUAN DEN THU'C TIEN

A-DE 1

BB cau trdc nghiém nhidu phurong én Iya chon

A £ 2 2 1 . « 2 . . £
Cau 1. Mot chat diém chuyén dong theo quy luat s(t) = 2 — 6753 (m). Tim thoi diem ¢ (giay) ma tai d6 toc do

v (m/s) clia chuyén dong dat gia tri 16n nhat.

Bt =2,5. B)t = 1. ©t=2 (D)t =0,5.

~ , 1 . . ) N . N <
Cau 2. Mot vat chuyén dong theo quy luat s = §t3 —t2 4+ 9t v6i t (giay) 1a khodng thdi gian tinh tit lic vat bat

dau chuyén dong va s (mét) 14 quang duong di duge trong thoi gian dé. Hoi trong khoang thai gian 10 giay ké tir
lac bit dau chuyén dong, téc do 16n nhat ciia vat dat dude bing bao nhieu?

@) 109 (m/s). ()89 (m/s). @%5 (m/s). )71 (m/s).

Cau 3. Trong mot mai truong dinh dudng c6 1000 vi khuan duge ciy vao. Bing thuc nghiem xéc dinh dudc sb
. 100t .

lugng vi khuan tang theo thai gian bdi quy luat N(¢) = 1000 + 0052 (con vi khuan), trong d6 ¢ 1a thoi gian

(don vi giay). Hay xéac dinh thsi diém sau khi thie hién ciy vi khuan vio, s6 lugng vi khuan ting lén 16n nhat?

@®)0. B)1. (©)-10. (D)10.
Cdu 4. Mbi dgt xuit khau gao clia tinh A thuong kéo dai trong 60 ngay. Ngusi ta nhan thay lugng gao xuit
Y 2 .
khau tinh theo ngay thit ¢ duge xéc dinh béi cong thie: S(t) = 3t3 — 63t + 3240t — 3100 (tan) (1 <t < 60). Hoi
trong 60 ngay do, ngay thit miy cé lugng gao xuat khau cao nhat?

(A) 60. (B)45. (©)30. (D)25.

Cau 5. Trong cac hinh chit nhat c¢6 chu vi 14 24 cm, hay tim hinh chit nhat c6 dién tich 16n nhéat.

(A) 36. (B)24. (©)4s. (D)72.

Céau 6. Do giam huyét ap clia mot benh G(z) = 0,0252%(30 — z) trong d6 z 1a s6 miligam thudc duge tiem cho
bénh nhan (0 < z < 30). Dé bénh nhan d6 c6 huyét ap giam nhidu nhat thi liéu lugng thude can tiem vao 1a

@x:15 (mg). 1‘220 (mg). @:1::20 (mg). @x:25 (mg).

Cau 7. Sy anh hudng khi st dung mot loai doc t6 véi vi khudn X duge mot nha sinh hoc mo ta béi ham s

t 1 Z )4 Z )4 Z
P(t) = Jﬁ, trong d6 P(t) 1a so6 lugng vi khuan sau ¢ gio st dung doc t0. Vao thai diem nao thi so lugng vi
khuan X bat dau gidm?
(A) Ngay tir lic bit dau sit dung doc to. Sau 0,5 gio.
@Sau 2 gig. @Sau 1 gio.
Cau 8.

Mot ngudi th go lam mot cai hom dang hinh hop chit nhat c6 nap bang ton.
Biét ring do dai duong chéo hinh hop bing 3v/2 dm va chi duge sit dung vita
di 18 dm? ton. Véi yéu cau nhu trén ngudi thg cé thé lam duge cai hom c6 thé
tich 16n nhat bang R —— ——

(A)8 dm?®. (B)2v2 dm?. (©)6 dm?. (D)4 dm?®.

Cau 9. Cho mach dién xoay chiéu RLC méc ndi tiép c6 R thay doi. Biét dien trd cuon cadm Zp = 80(Q2), dién
trd ctia tu dién 1a Zc = 200(Q) vA hiéu dién thé hai dau mach 1a u = Up cos 1007t (V). Dé cong suat tieu thu ciia
mach cyc dai thi gia tri clia R bang

(A)120(9). 50(92). (©)100(%). (D)200(1).
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J Phén 1. UNG DUNG DAO HAM DE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding
Cau 10. Mot xudng in c6 8 may in, mdi may in duge 4000 ban in khé gidy A4 trong mot gis. Chi phi dé béo
tri, van hanh mot may trong mdi lan in 14 50 000 dong. Chi phi in 4n ctia n may chay trong mot gio 1a 20(3n + 5)
nghin dong. Héi néu in 50 000 ban in kho gidy A4 thi phai sit dung bao nhiéu may dé thu dugce nhiéu lai nhat?

@ 4 may. 7 may. @ 6 may. @ 5 may.

Cau 11. Khi nuoi ca thi nghiém trong ho, mot nha sinh vat hoc thay rang néu trén mdi don vi dién tich ctia mat
ho ¢6 n con ca thi trung binh méi con ca sau mot vu can nang Q(n) = 480 — 20n (gam). Ho6i phai tha bao nhieu
con ca trén mot don vi dién tich ctia mit hd dé sau mot vu thu hoach duge nhiéu ca nhat?

@) 12. (B) 14. (©)10. (D)18.

Cau 12. Khi sdn xuat vo lon sita bo hinh truy, cac nha thiét ké luon dit muc tieu sao cho chi phi nhién licu lam
v6 lon la thap nhat, tiic 1 dién tich toan phan ciia hinh tru nhé nhat. Mudn thé tich ciia khéi tru dé bing V va
dién tich toan phan ctia hinh tru nhé nhat thi nha thiét ké phai thiét ké hinh tru c6 ban kinh bing bao nhiéu?

wyL il eyt e

B3 cau trdc nghiém diing sai

Cau 13. Gia st mot hat chuyén dong trén mot truc thing ding chiéu duong huéng lén trén sao cho toa do ciia
hat (don vi: mét) tai thoi diém ¢ (giay) la y =3 — 12t + 3,¢ > 0.
Xét tinh dung, sai clia cic phat biéu sau

Phét biéu b | S

a) Gia toc ctia hat tai thoi diém ¢ = 2 14 12 m/s?.

b) Hat chuyén dong xudéng dudi khi ¢ < 0.

c) Trong khoang thsi gian 0 < ¢ < 3 hat di dugc quang dudng 9 m.

d) Hat tang toc khi ¢ > 0, hat gidm toc khi ¢ < 0.

Cdu 14. Gia st ham cau clia mot san pham doc quyeén duge cho bdi p = 400 — 2Q va ham chi phi trung binh
— 400 . . — s P ~ .
C=02Q+4+ Xl trong d6 @ 1a s6 don vi sdn pham ( p va C' dugce tinh bang $ d6i v6i mdi don vi sdn pham).

Xét tinh ding, sai ciia cac phéat biéu sau

Phat biéu P | S

a) @ = 90 la lugng san pham ban ra dé 1¢i nhuan thu dugc toi da.

b) Gia ban dé lgi nhuan thu duge t6i da 1a 4008.

¢) Loi nhuan t6i da 1a 174208.

d) Néu chinh phit danh thué 22$/ mot don vi sdn pham thi gia ban 390$ dé lgi nhuan thu dugc
t61 da.

Cau 15. Mot nha sdn xuat trung binh ban duge 1000 laptop mdi tuan véi gia 14 trieu dong mot chiée. Mot cuoc
khdo sat thi trudng chi ra rang néu cit gidm gia ban 500 nghin dong, sé lugng laptop ban ra sé tang thém khoang
100 chiéc méi tuan. Biét rang ham chi phi hang tuan 1a C(z) = 12000 — 3z (tri¢u dong), trong dé6 = 1a s6 laptop
ban ra trong tuan.

Xét tinh ding, sai ciia cac phéat biéu sau

Phat biéu P | S

N 1 . X .z 2 X N A
a) Ham cau la p = ~500° + 19, trong d6 p (triéu dong) la gia ctia moéi laptop, = la so6 laptop

ban ra.

b) Dé doanh thu dat dugc 1 16n nhat thi nén gidm gia ban laptop 1a 5 trigu dong cho mot chiéc.

c) Dé cong ty khong bi 16 von thi méi tuan can ban duge it nhat 600 chiéc laptop.

d) Lgi nhuan 16n nhiat ma cong ty c6 thé dat duge 1a 12200 (trieu dong).
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JS Ung dung dao ham dé gidi quyét mot sé van dé lién quan dén thuc fién Khi thainh céng ban néi gi cting dung

y / J J

Cau 16. Mot ngudi cheéo thuyén tit diém A trén bd mot con song théng, rong 3 km va mubn dén diém B, cach
bs doi dien 8 km vé phia ha luu, cang nhanh cang tot( Hinh bén duéi). Ngudi ay c¢6 thé cheo thuyén qua song
dén diém C 16i chay bo dén B, hoiic anh ta c6 thé cheo thing dén B, hoic c6 thé cheo thuyén dén diém D nio
d6 gitta C va B rdi chay bo dén B. Biét ring téc do cheo thuyén clia ngudi nay 1a 6 km/h va toc do chay bo 1a 8
km/h. Biét toc do dong nudc 1a khong dang ké so véi tdc do cheo thuyén ctia ngudi dan ong.

Goi z (km) 1a do dai quang dusng C'D. Xét tinh ding, sai ciia cadc phat bicu sau

Phat biéu

a) 8 —x (km) la do dai quang duong BD.

o . . . Vat4+9
b) Thoi gian cheéo thuyén trén quang duong AD la —5 (gi0).

\/x2+9+8—:1:

c) Téng thsi gian di chuyén tit A dén B 1a 3 2

d) 1 gio 30 phiit 14 khoadng thdi gian ngin nhit ngudi nay c6 thé di tit A dén B.

Cau tréc nghiém trd 16i ngén

Cdu 17. Ong Anh mudn diing tAm bia hinh vuong canh 6 cm lam mot chiée hop khong nip, ¢6 day 1a hinh vuong

bang cach cit bo di 4 hinh vudng nhé & bén géc clia tam bia.

[

D6 dai canh hinh vuéng can cit bé dé chiéc hop dat thé tich 16n nhat 14 bao nhieu?

KQ:

Cau 18. Cho mot hinh try noi tiép trong hinh nén cé chiéu cao bang 12 cm va ban kinh day bang 5 cm (Hinh
1). Ngudi ta cit hinh nén, tru nay theo mit phing chita duong thing ndi dinh va tam hinh tron day ctia hinh nén

thi thu dugc mot hinh phing nhu Hinh 2.
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J Ph&n 1. UNG DUNG DAO HAM BE KHAO SAT HAM SO Khi thanh cong ban néi gi cting ding

y / J J

12 cm

r 5 cm

Hinh 1 Hinh 2

Tim h dé khoi tru c6 thé tich 16n nhét. KQ:

Cau 19. Mot ngudi nong dan c6 15000000 dong dé lam mot hang rao hinh chit E doc theo mot con séng bao
quanh hai khu dat trong rau c6 dang hai hinh chit nhat bang nhau (Hinh bén du6i). D6i v6i mét hang rao song
song v6i bo song thi chi phi nguyén vat lieu 14 60 000 dong/mét, con déi véi ba mit hang rao song song véi nhau
thi chi phi nguyén vat lieu 1a 50 000 dong/mét, mat giap véi bo song khong phai rao. Tim dién tich 16n nhat cta
hai khu dat thu dugce sau khi lam hang rao.

)
|

i

KQ:

Cau 20. Mot cong ty mudn lam mot dudng 6ng dan tit vi tri A trén bd bién dén vi tri B trén hon ddo. Khoang
cach tit diém B dén bg bién 1a BH = 6 km (Hinh bén dudi). Gié tién dé xay dung duong dng trén bs 1a 50 000
USD méi kilomét va gia tién xay dung dudng éng trén bién 1a 130000 USD méi kilomét, biét ring AH = 9 km.
Xéc dinh vi tri diém C céch vi tri A mot khoang bao nhiéu dé khi lip 6ng dan theo dudng gap khiic ACB thi chi
phi cong ty bo ra 1a thap nhat.

9 km

KQ:

Cau 21. Dan s clia mot quoc gia sau ¢ (ndm) ké tit nam 2024 duge ude tinh bdi cong thite N(t) = 100e%012
(N(t) duge tinh bang trieu ngudi, 0 < ¢ < 50).

Vao nam nao toc do ting dan s6 clia quoc gia d6 1a 1,6 trieu ngudi/nam? KQ:

Cau 22. Hinh vé bén du6i mo ta doan duong di vio GARA 6-t6 nha thay Anh. Doan dudng dau tién c6 chiéu
rong bing z (m), doan dudng thang vao cong GARA c6 chiéu rong 2,6 (m). Biét kich thuée xe 6-t6 1 5m x 1,9m.
Dé tinh toan va thiét ké duong di cho 6-t6 ngudi ta coi 6-t6 nhu mot khéi hop chit nhat cé kich thude chidu dai 5
(m), chiéu rong 1,9 (m). Héi chidu rong nhd nhat ctia doan dudng dau tién bing bao nhigu mét dé 6-t6 c6 thé di
vao GARA dugc? (Lam tron két qud dén chit s6 thap phan thit nhat)
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y / J J

KQ:
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y / J J

B-DE 2
n Cau trdc nghiém nhiéu phuong dan lua chon

~ , 1 : . . - . .
Cau 1. Mot vat chuyén dong theo quy ludt s = —§t3 + 6t v6i t (giay) 1a khodng thoi gian tinh tit khi vat bat

dau chuyén dong va s (mét) 1a quang dudng vat di chuyén duge trong khoang thai gian d6. Héi trong khoang thai
gian 7 giay, ké tit khi bt dau chuyén dong, téc do 1én nhat clia vat dat duge bang bao nhieu?

(A)24 m/s. (B)36 m/s. (€)180 m/s. (D)144 m/s.

Cau 2. Mot doan tau chuyén dong thang khdi hanh tit mot nha ga. Quang dudng (theo don vi mét (m)) di duge
clia doan tau 13 mot ham s6 clia thoi gian ¢ (theo don vi giay (s)) cho béi phuong trinh 14 S = 6t2 — 3. Tim thoi
diém ¢ ma tai d6 téc do v(m/s) ctia doan tau la 16n nhat?

@t:4s. tzls. @t:2s. @tzﬁs.

Cau 3. Sau khi phat hién mot bénh dich, cic chuyén gia y té wéc tinh s6 ngudi nhiém bénh ké tit ngay xuat hién
bénh nhan dau tien dén ngay thi ¢ 1a f(¢) = 15t — 3 (theo két qua khao sat cidc nam vita qua). Néu xem f’(t)
la tdc do truyén bénh (ngudi/ngay) tai thoi diém ¢ thi vio ngay ma tdc do truyén beénh 16n nhat, sé ngudi nhidm
bénh 14 bao nhiéu?

(&) 500. (B)250. (€©)600. (D)75.

Cau 4. Mot cong ty bat dong san c6 40 can ho cho thué. Biét rang néu cho thué méi can ho véi gia 300000 dong
mot thang thi moi cin ho déu c6 ngudi thué va ci tdng thém gid méi can ho 100000 dong mot thang (theo quy
dinh trong hgp dong) thi sé c6 mot can ho bi bo trong. Héi mudn ¢6 thu nhap cao nhat thi cong ty dé phai cho
thué moi can ho véi gia bao nhiéu mot thang?

(R) 3500000 déng. 4000000 déng. (€)3700.000 ddng. (D)3 900000 ddng.

Cau 5. Mot chat diém chuyén dong cé van toc titc thai v(t) phu thudc vao thdi gian ¢ theo ham s6 v(t) =
—t4 4+ 24¢2 + 500 (m/s). Trong khoang thoi gian tit t = 0 (s) dén ¢ = 10 (s) chat diém dat tdc do 16n nhat tai thoi
diém nao (lam tron két qua dén hang don vi)?

Bt =2 B)t = 4. ©t=0. D)t =1.

Cau 6.

Tit mot tam ton c6 hinh dang 1 nita hinh tron ban kinh R = 3, nguoi ta
mudn cit ra mot hinh chi nhat (hinh vé bén). Dién tich 16n nhat c6 thé ctia
tam ton hinh chi nhat 1a My

@ g (B)6v?2. ©9v2. D)9.

0 0 P
Cau 7. Mot xudng san xuat nhitng thuing hinh hop chit nhat bang nhom khong nap va c6 cac kich thuée z,y, 2
(dm). Biét ti s6 hai canh day la = : y = 1 : 3, thé tich khéi hop bing 18 dm?. Dé tén it vat licu nhét thi tdng
x+y+ 2 bang

@ 10 dm. ? dm. @26 dm. @B dm.

2

Cau 8. Ong An mudn xay mot bé nude dang hinh hop chi nhat c¢6 ndp véi dung tich 3000 lit. Day bé 14 mot
hinh chit nhat c6 chiéu dai gap doi chiéu rong. Gia thué nhan cong dé xay ho 14 500 000 dong cho mdi mét vuong.
Hoi chi phi thap nhat ong An can bo ra dé xay bé nudc 1a bao nhieu?

(A) 6490123 dong. 5151214 ddng. (€)7500000 déng. (D)6500 000 ddng.

Cau 9. Mot thanh sit chieu dai AB = 100 m dugce cat thanh hai phan AC va CB v6i AC = z (m). Doan AC
duge uén thanh mot hinh vuong ¢6 chu vi bang AC va doan C' B uén thanh tam giac déu c6 chu vi bang C'B. Khi
tong dien tich ctia hinh vuong va tam giac nhé nhat, ménh dé nao dudi day ding?
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J5. Ung dung dao ham dé gidi quyét mot sé van dé lién quan dén thuc fién Khi thainh céng ban néi gi cting dung

y / J J

C

N

Az € (52;58). (B)z € (48;52). (©)x € (40;48). (D) € (30;40).

Cau 10. Mot ngudi ban buon Thanh Long D6 nhan thay ring: Néu ban véi gid 20 000 dong/kg thi mdi tuan co
90 khéch dén mua vad mdi khach mua trung binh 60 kg. Cit tang gia 2000 dong/kg thi s6 khach mua hang tuan
gidm di 1 va khi d6 méi khach lai mua it hon mic trung binh 5 kg, va nhu vay ctt gidm gid 2000 dong/kg thi sd
khach mua hang tuan ting thém 1 va khi d6 méi khach lai mua nhiéu hon mitc trung binh 5 kg. Ho6i ngudi do
phai ban véi gia mdi kg 1a bao nhieu dé lgi nhuan thu duge hang tuan la 16n nhét, biét ring ngudi dé phai nop
téng cac loai thué 1a 2200 dong/kg (két qua lam tron dén hang nghin).

(A) 16000 d. (B)12000 d. (€)24000 d. (D)22000 d.

Cau 11. Trén sa mac c¢6 mot khu dat hinh chit nhat ABCD c6 chiéu dai AB = 70 km, chiéu rong AD = 10 km.
Van t6c trung binh clia xe may trén khu dat nay 1a 20 km/h, rieng di trén canh C'D thi van toc 14 40 km/h. Mot
ngudi di xe may xuat phat tit A mudn dén B thi can it nhat bao nhiéu gio?

7 2/3+7 10 20
@5. 74 . 7 7

Cau 12.

Mang trugt clia mot cau trugt cho tré em (Hinh a) duge udn ti
mot tam kim loai c6 bé rong 80 cm, mit cat dude mo ta & Hinh
b. Nha thiét ké khuyén céo, dién tich mit cit cang 16n thi cang
dadm bdo an toan cho tré em.

y cm
a) b)
Hinh

Véi z dat gia tri bang bao nhiéu thi cau trugt ddm bdo an toan nhat cho tré em?
@leﬁ cm. x:18 cm. @x:22 cm. @szO cm.

B3 cau trdc nghiém diing sai

Cau 13. Mot bé boi chita 5000 lit nuée tinh khiét. Ngusi ta bom vao bé dé nuée mudi cé6 nong do 30 gam mudi
cho mbi lit nu6e véi tdc do 25 lit/phit.

Phat biéu P | S

a) Sau t phit khéi lugng mudi trong bé 14 750t (gam).

b) Nong do mudi trong bé sau ¢ phit (tinh bing ti s6 ctia khéi lugng mudi trong bé va thé tich

. t
nude trong be, don vi: gam/lit) 1a f(t) = 20?())0_ -

c) Xem y = f(t) la mot ham s6 x4c dinh trén ntta khoang [0; +00), tiem can ngang ctia do thi
ham s6 dé6 c6 phuong trinh 1a y = 30.

d) Khi ¢ ngay cang 16n thi nong do mudi trong bé sé tién gan dén mitc 30 (gam/lit).

Cau 14. Do gidm huyét ap clia mot bénh nhan duge cho béi cong thitc
G(z) = 0,0252%(30 — z)

trong d6 z 1a liéu lugng thude duge tiém cho bénh nhan (z duge tinh bang miligam, 0 < x < 30).
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J Ph&n 1. UNG DUNG DAO HAM BE KHAO SAT HAM SO

Khi thanh cong ban ndi gi cing ddng

yV J/ J J

Phat biéu

b

S

a) Do giam huyét ap ciia mot bénh nhan 1a G(x) = 0,752% — 0,025z3.

b) Dao ham cia G(z) 1a G'(z) = 1,52 + 0,075z2.

¢) Phuong trinh G’(t) = 0 ¢6 nghiém duy nhat.

d) Liéu lugng thude can tiem cho bénh nhan dé huyét ap giadm nhiéu nhat 14 20 mg.

Cau 15. Mot cong ty bat dong san c¢6 120 cin ho cho thué. Biét rang néu cho thué méi cin ho véi gia 3 trieu
dong thi méi thang moi can ho déu c6 ngusi thué va cit ting thém gia cho thué méi can ho 100 nghin dong mot

thang thi sé c¢6 3 can ho bi bo trong. Goi x (tram nghin) 1a s6 tien ting them.

Phat biéu

b

a) SO cin ho con lai sau khi tang gid 1a 120 — 3.

b) Gia mot can ho sau khi tang 1a 30 — z (tram nghin).

c) Téng sb tién cong ty thu duge 1a S(x) = —322 + 30z + 3600 (tram nghin).

d) Cong ty thu dugc nhiéu tién nhat khi gid thué méi can ho 1a 4 (tricu dong).

Cau 16.

Ong A du dinh st dung hét 5,5 m? kinh dé lam mot bé ca bang kinh ¢6 dang hinh hop chi
nhat khong nip, chiéu dai gap doi chiéu rong (cac mdi ghép ndi khong dang ké). Goi a va
h 1an lugt 1a kich thu6e chiéu rong va chiéu cao (theo don vi mét).

2a

Phat biéu

a) Tong dien tich 5 mit ciia bé 1a S = 2a® + 2ah + 4ah = 2a? + 6ah.

2 2
b) Taco h = m
6a .
: . 5 2
¢) Thé tich ctia bé 1a V = 2% 4 %
11/33

d) Bé ca c6 dung tich 16n nhat bing .

54

Céau tréc nghiém trd 18i ngén

Cau 17. Mot loai thudc duge ding cho mot bénh nhan va nong do thudce trong mau ctia bénh nhan duge giam
sat béi bac si. Biét ring nong do thubc trong mau ciia bénh nhan sau khi tiem vao co thé trong t gis dugce tinh

theo cong thic c(t) =

nhan cao nhat?

2

e +1

mg/L. Sau khi tiem thu6éc bao nhiéu gio thi nong do thudc trong méu ctia bénh

KQ:

Cau 18. Mot doanh nghiép can sdn xuat mot mat hang trong ding 10 ngdy va phai st dung hai may A va B.
May A lam viéc trong x ngay cho s6 tién 1ai 1a 22 + 2z (triéu dong), may B lam vigc trong y ngay cho s6 tién lai
la —27y? + 326y (trieu dong). Hoéi doanh nghiép d6 can st dung may A lam viéc trong bao nhiéu ngay dé sb tién
1ai thu dugc nhiéu nhat? Biét ring hai may A va B khong dong thoi lam viéc va may B lam viéc khong qua 6

ngay.

KQ:

Cau 19. Béc Tom c6 mot cai ao c¢6 dien tich 50 m? dé nuoi ca. Vu vita qua bac nuodi véi mat do 20 con/ m? va
thu dugc tat ci 1,5 tan ca thanh pham. Theo kinh nghiém nudi ca thu dugc, bac thay ct tha giam di 8 con/m?
thi tuong tng sé c6 mdi con ca thanh pham thu duge tang them 0,5 kg. Hoéi vu t6i bac phai mua bao nhiéu con
ca giong dé dat dugc tong khéi lugng ca thanh pham cao nhat? (Gia st khong c6 hao hut trong qua trinh nuoi).

KQ:
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JS Ung dung dao ham dé gidi quyét maot sé vén dé lién quan dén thuc tién Khi thainh céng ban néi gi cling ding
y J/ J J
Cau 20. Mot cita hang ca pheé sip khai truong dang nghién citu thi truong dé dinh gid ban cho mdi cbc ca phe.
Sau khi nghién cttu, ngudi quan ly thay ring néu ban véi gia 20 000 dong mot coc thi moi thang trung binh sé
ban dugc 2 000 coc, con tit mitc gia 20 000 dong ma cit ting gia thém 1 000 dong thi sé ban it di 100 coc. Biét
chi phi nguyén vat liéu dé pha mot coc ca phé khong thay doi 1a 18 000 dong. Hoi cita hang phai ban mdi coc ca
phé véi gia bao nhiéu nghin dong dé dat 1gi nhuan 16n nhat? KQ:

Cau 21.
Mot ho nuée nhan tao duge xay dung trong mot cong vién giai tri. Trong y
mo hinh minh hoa bén, n6 dudc gidi han béi cac truc toa do va do thi clia
= (=2 + 9z% — 15z + 56). Don vi do dai trén méi
truc 1a 100 m ( Nguon: A. Bigalke et al, Mathematik, Grundkurs ma-I,
Cornelsen 2016).

ham s6 y = f(x)

Trong cong vién c¢6 mot con duong chay doc theo do thi ham s6 y = —1,5x + 18. Ngudi ta dy dinh xay dyng trén
bd ho mot bén thuyén dap nude sao cho khoang cach tit bén thuyén dén con dudng nay la ngan nhat. Hoanh do

ctia diém dé xay dung bén thuyén nay bang bao nhiéu? KQ:

Cau 22. Mot dusng day dien duge ndi tit mot nha may dien & A (ndm tai bo bién 1a dudng thing AB) dén mot
hon dao C, khoang céch ngin nhat tit ddo vé bd bién 1a doan BC dai 1 km, khoang cach tit B dén A la 4 km
duge minh hoa bang hinh vé dudi day.
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§

195]

Biét ring moéi km day dien dit dusi nude chi phi mat 5000 USD, con dit dudi dat chi phi mat 3000 USD.
Hoi diém S trén b cach A bao nhiéu km dé khi mic day dién tit A qua S 16i dén C c6 chi phi 14 it nhat?

KQ:
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J Phé&n 2. vecto va hé truc toa do trong khong gian Khi thanh cong ban ndi gi cing ddng

y / J J

- // 7’4&%2

VECTO VA HE TRUC TOA DO TRONG KHONG
GIAN

VEC-TO TRONG KHONG GIAN

[/
A-DE 1

n Cau tréc nghiém nhiéu phuong an lva chon

Cau 1. Trong khong gian, goi ¢ 1a goc giita hai vecto @ va b khac vecto khong. Khang dinh nao sau day ding?
B)0° < ¢ < 90°. (B)0° < ¢ < 180°. (©)0° < ¢ < 180°. (D)0° < ¢ < 90°.
Cau 2. Trong cdc ménh dé sau, ménh dé nao sai?
(A) Néu hai vecto vuong goc véi nhau thi tich vo huéng cila ching bing 0.
Tich vo huéng ciia hai vecto bang tich do dai ctia hai vects d6 véi cosin géc hop béi hai vecto dé.
@ Tich vo huéng clia hai vecto bang binh phuong do dai ctia méi vecto.
@ Binh phuong vo6 huéng bang binh phuong do dai.
Cau 3. Cho hinh hop ABCD.A’B'C'D’. Dang thiic nao sau day la sai? N
(A) AB + AD + AA’ = AC'. B)BC +CD + BB = BD.
(©CB+CD+ DD =CA. D) AD + AB + AA = A'C.

e

Cau 4. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. DétS_/i:E’, SB =
Khing dinh nio sau day ding? N L
BT+T=4d+5b. BT+b=2C+4d. ©ad+d=10b+7 @aT+2¢+d+b=0.

Cau 5. Cho tit dien ABCD. Goi M, N, P, Q, I, J lan lugt 1 trung diém cia AB, BC, CD, DA, AC, BD. Céac
vecto bang nhau la

@) M1, 10, QM (B)MN, CI, QP.
(©) NG, NP, (OB - TB). ()G, NP, _ (OB - TD).

—> —

. SC=2.8D=4d.

=

Cau 6. Cho hinh lang truy ABC.A'B'C’. Dit A = @, AB=1b,AC=72,BC=4d. Trong cac ding thitc sau
déng thic nao dung7

BT+b+2+d=0. Ba+b+c=4d. ©b-2+d=70. Da=0+7¢
Cau 7. Cho hinh lap phuong ABCD.A’B'C'D’ ¢6 canh bang a. Tinh tich AC - B'C'.
s — 2 ey — —_— — —_—
(M) AC - B'C" = \/7_02. (B)AC - B'C’' = a2. (©AC - BC' = 2a2, (D)AC - B'C’" = 242.

Cadu 8. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Hay chi ra ding thiic sai trong cac
déng thiic sau

(R) SA + 5C = 250. (B)SB + 9D = 250.
(€54 + 3B +5C +SD = AC + BD. (D)SA + 5C = SB + SD.
Cau 9. Goi G la trong tam ciia tit dien ABCD. Trong cac khang dlnh sau, khadng dinh nao sai?
—> 1 — —> —>
@AGzZ(AB+AC+AD>. AG_—(AB+AC+AD)
(©GA+GB+GC+GD=0. @OG:Z(@’+O_JB’+O_C’+O_15).

Cau 10. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh vd AB =6, AD = 4, AB-AD = —12 . Tinh
— —\ 2
(SC - S4)".
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y 1. Véc-to tfrong khong gian

) 76. (B)28. (©)52. (D)40.

Cau 11. Cho tit dien ABCD c6 tam giac BCD déu va AD = AC. Gia tri clia cos (A_B: C’_D)) 13
1 1 V3
@ 5. O. ©_§- @7-

Cdu 12. Cho tit dien ABCD. Goi M , N lan lugt la trung diém ciia AB, CD. Biét MN = k (AD + BC). Gia

Khi thanh céng ban ndi gi ciing ddng

y / J J

tri k 1a
1 1
A 3. (B)2. (© 3 (D) 5
Caul. B Cau2. C Cau3d. D Caud. A Caub. C Cau6. C
Cau 7. B Caus8. C Cau9. B Caul0. B Caull. B Caul2. D
B3 cau trdc nghiém diing sai
Cau 1. Trong khong gian, cho ba vec-to @, 5), 7 phan bigt déu khac 0.
Phéat biéu b | S
a) Néu a va b ciing huéng v6i € thi @ va b ciing huéng.
b) Néu @ va b ngudc huéng véi ¢ thi @ va b ngudc huéng.
c) Néu @ va b ciing phuong véi ¢ thi @ va b cting huéng.
d) Néu @ vuong goc véi bvab vuodng géc v6i ¢ thi @ vuong goc véi ¢.
Céau 2. Trong mit phing () cho tit gide ABCD va mot diém S tity y.
Phat biéu b S
a) AC+ BD = AB + CD.

b) SA+SC =SB + SD.

c) Néu ton tai diém S sao cho SA + SC = SB + SD thi ABCD 1la hinh binh hanh.
d) OA+ OB +0C + OD = 0 khi va chi khi O 1a giao diém ctia AC va BD.

Cau 3.

Mot chiée dén chiim treo c¢6 khéi lugng m = 5 kg dude thiét ké véi dia den
dugc gitt bdi bon doan xich SA, SB, SC, SD sao cho S.ABCD la hinh chép
tit giac déu c6 ASC = 60° (tham khéo hinh vé bén). Trong luc P téc dong

lén den chiim xéac dinh bdi cong thitc P = mg trong d6 ¢ vec-to gia toc roi
tut do ¢6 do 16n 10m/s2.

Phat biéu
a) Do 16n ctia trong luc P tac dong lén chiéc den chiim bing 50 N.

b) Céc vec-to S_A, @, S_C”, SD bang nhau.

¢) Do 16n ctia lyc cang cho mdi sgi xich bang 12,5 N.
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J Phéin 2. vecto va hé truc toa doé trong khéng gian Khi thanh cong ban ndi gi cing ddng
Phat biéu b | S

d) Git nguyén khéi lugng m = 5 kg clia den, thay doi cach treo sao cho ASC = 90° thi do 16n
cua lyc cing mdi sgi xich sé 16n hon.

Cau 4.
Cho tt dien déu ABCD. Goi M, N, P, Q, I, J lan lugt 1a trung diém ctia AB,
BC,CD, DA, AC, BD (tham khéo hinh vé bén).

Phat biéu b|S

a) C6 3 vec-to bang M N.
b) IM+IN+IP+1Q=1J.

c) Hai vec-to IM v IP vuong goc véi nhau.

d) Goi O la trung diém ctia M P, G 1a trong tam ctia tam giac BOD. Khi d6 A0 = 30G.

Caul. (@bPD)s()s@ds Cau2. @s®sepds
Cau3. @bPMm)s()s@p Caus. @DPD)Ss@ODP@P

Cau tréc nghiém trd 1&i ngén

Cau 1. Trong khong gian, cho hai vec-to @ va b c6 ciing do dai bang 2. Biét rang goc gitta hai vec-ta dé 1a 30°.
Tmh @ b. KQ:

Cau 2. Cho hinh lap phuong ABCD.A'B’'C'D’. Géc gitta hai vec-to ACva B'C! bang bao nhieu do? KQ:

Cau 3. Cho hinh lang try ABC.A'B'C’. Goi O la giao diém ctia AB’ va A’B, M la trung diém ctia AB. Biét
CC' — kOM. Gi tri k biing KQ:

Cau 4.

Ba luc ﬁl, 1_5’)2, Fg cung tac dong vao mot vat c6 phuong déi mot vudng géc va
c6 do 16n lan luot 1a 2N; 3N; 4N. Hop lyc ciia ba e da cho ¢6 do 16n bao nhieu
Niu-ton (két qud lam tron dén mot chit s6 thap phan)? =

R

KQ:

Céu 5. Trong khong gian, cho hai vec-td @ va b . Biét |d) =1, _b)‘ = 2 va goc gitta hai vec-to d6 bang 60°. Tinh
—\ 2
(3@ +2b)". KQ:
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J 1. Véc-to tfrong khong gian Khi thanh céng ban ndi gi ciing ddng
Céu 6. Cho tit dien déu ABCD c6 canh bing 6 va M la trung didm ciia CD. Tinh tich vo huéng AB - AM.
KQ:

[Caul. 2 |[cau2. 45 ][Caus. 2 ||cau4. 54 [[Caus. 37 |[Cau6. 18 |
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J Phé&n 2. vecto va hé truc toa do trong khong gian Khi thanh cong ban ndi gi cing ddng

y J/ J J
B-DE 2
n Cau tréc nghiém nhiéu phuong @n lwa chon
Cau 1. Trong khong gian Ozyz cho OM = 27 —V37 + . Toa dO ciia diém M la
(A) M(—/3;2;1). (B) M(2; —V/3; 1). (©) M(2;V/3;1). D) M(V3
Cau 2. Trong khongglan v6i hé truc toa do Oxyz cho @ = —2 1+ 5] + %. Tim toa do cla @.
AT =(-2i;57;k). B)@ = (-2;5 = (=2;5;1). DT = (25 -1).
Cau 3. Trong khong gian Oxyz, cho hai diém A(l; 1;—1) va B(2;3;2). Véc-to AB 6 toa do 1a
B (1;2;3). B)(-1;-2;3). (©(3;5;1). (D) (3;4;1).
Cau 4. Trong khong gian Ozyz, cho véc-to ¥ = (1;2;0). Ménh dé nao sau day 1a dang?
BT =27+7. B W =7+27. ©w=7+2Fk. DT =7 +2Fk.

Cau 5. Trong khong gian Oxyz, cho tam gidc ABC véi A(1;2;1), B(—3;0;3), C(2;4;—1). Tim toa do diém D
sao cho tit gidc ABCD 1a hinh binh hanh.

(R) D(6;—6;3). (B) D(6:6;3). (©) D(6; —6; —3). (D) D(6; 6; —3).
Cau 6. Trong khong gian véi he toa do Oxyz, cho hinh binh hanh ABCD vé6i A(—1;2;3), B(4;0;—1), C(5; —3;6)
va D(a;b;c). Gia tri clia a + b + ¢ bang

®)7. ®)9. (©11. D)3.

Céau 7. Trong khong gian v6i he toa do Ozyz, cho ba véctd @ =27 +3 5 — 5k, b = 37 + Ak, C=—7 — 27.
Khang dinh nao sau day dang?

@a— 2:3; —5) b—( 3;4;0), € = (—1; —2;0). B) @ = (2;3;-5), b = (—3:4;0), T = (0;—2;0).
© @ = (23,-5), b = (0;—3;4), T = (—1;-2;0). D)@ = (23;,-5), b =(1;-3;4), T = (—1;-2;1),

Cau 8. Trong khong gian Oxyz, hinh chiéu vuong goc clia diém M (4; —1;3) trén mat phang (Oyz) c6 toa do

la
@) (4:0:0) . ®)(0:-1:3) . ©(-1;30) . D) (0:-1;0) .
Cau 9. Trong khong gian Ozyz, tim toa do H 1a hinh chiéu ctia diem M (4; 5; 6) trén truc Oz
(A) H (0; 5; 6). (B)H (4; 5; 0). (C©) H (4; 0; 0). (D) H (0; 0; 6).
Cau 10. Trong khong gian Ozyz, cho diém A(1;2;3). Hinh chiéu vuong géc ciia diém A lén mat phang (Oxy) 1a
diém
() N(1;2;0). (B) M (0;0;3). (©) P(1;0;0). (D)Q(0;2;0).

Cau 11. Trong khong gian v6i hé truc Oxyz, cho hinh hop ABCD.A'B'C'D’ ¢6 toa do cac diem A(1;2;—1),
C(3;—4;1), B'(2;—1;3), D'(0;3;5). Gia stt toa do diem A’(z,y, ) thi téng = + y + z bing

B 5. ®r. (©-3. D)2.

Cau 12. Trong khong gian Oxyz, cho bén diém M (2; —3;5), N(4;7;—9), E(3;2;1), F(1;—8;12). Bo ba diém nao
sau day thing hang?
(A M, N, E. B)M, E, F. (©N, E, F. (DM, N, F.

B3 cau tréc nghiém diing sai
Cau 1. Trong khong gian Ozyz cho hinh binh hanh ABCD. Biét A(—1;1;2), B(1;0;3), C(0;2; —2).

a) BC = (—1;2;-5). b) AB=27 — j+ k. ¢) D(—-23;-3). d) AD=—7 427 +5F.
Cadu 2. Trong khong gian Oxyz cho M (4;5;6). Tim khéng dinh ding.

a) Hinh chiéu ctia M lén Ox 1a M'(—4;5;6). b) Hinh chiéu ctia M len Oz 1a M’'(0;0;6).

¢) Hinh chiéu ctia M len Oxy 1a M'(4;5;0). d) Diém ddi xting ctia M qua Oy 1a M’(4; —5;6).

Cau 3 Cho hinh hop chu’ nhat OABC DEFG c¢6 OA = a, OC = b, OD = c. Chon hé trirc chuan Ozyz sao cho
O:L‘ Oy, 0> lan lugt 1a OA OC’ OD. Tim khéng dinh ding.

a) DG = AB. b) OA (a,0,0).

c) Toa do diéem D la D(0,b,c). d) EF = (0,0,0).
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Cau 4. Cac ménh dé sau ding hay sai?

y / J J

a) Trong khong gian v6i he toa do Ozyz, hinh chiéu ctia diém M (1; —3; —5) trén mat phang (Oyz) c6 toa do

la (0; —3;0).

b) Trong khong gian véi he toa do Ozyz, cho tam giac ABC' ¢6 AB =
AM 1a (1;—1;4).

c) Trong khong gian, cho hai diém A(—2;2; 1), B(0; —1;
cho ba diém A, B, M thang hang 1a M(—4;5;0).

d) Trong khong gian véi he truc toa dg Ozyz, cho cac vecto @ = (1;2;1),

d—( 2;0). Bletrangd—xa+yb +2C¢. Giatriz+y+21al.

Cau tréc nghiém tré 1&i ngén

Cau 1. Trong khong gian véi hé truc toa do Oxyz, cho ba diém A(3;2;1), B(1; —1;2), C(1;2;

thoa man OM = 2AB — AC. Tinh tong = +y + 2. KQ:

Cédu 2. Trong khong gian vé6i hé toa do Oxyz, cho hai diém B(1;2; —3) va C(7;4; —2). Néu diém E(z;y; z) thoa
mén ding thtc CE = 2EB. Tinh tong P =x +y + 2. KQ:

Cau 3. Trong khong gian véi hé toa do Ozyz, cho véc-to @ = (1;—2;0), b = (—1;1;2), € = (4;0;6) va
— 13 co o — — rig —> e 2

U = (—2;2;2). Gid st v =ma +nb +pc. Tinh tong A =m +n + p. KQ:

Cau 4. Trong khong gian vé6i hé truc toa do Ozyz, cho cac diem A(0; —2; —1) va B(1;—1;2). Gia stt M(a;b;c)
thuoc doan thing AB va théa M A = 2M B. Khi dé gia tri ¢ bing bao nhiéu? KQ:

(~3;0;4), AC =

b= (-2:34), T =

(5;—2;4). Toa do cia

—2). Toa do diém M thudoc mat phing (Oxy) sao

(0;1;2) va

—1). Diém M (z;y; 2)

Cau 5. Trong khong gian Oxyz, cho hinh chép S.ABCD c6 day ABCD la hinh inh vuong car canh bing v/2 vi chiéu
cao bang 3 Giao diém hai duong chéo AC va BD trung véi goc O. Cac véc-to OB OC OS lan lugt cing huéng

v6i z,

], %. Gia sit AS = (a;b;c). Tinh téng a + b + c.

Cau 6.
Trong khong gian Oxyz, cho hinh vé bén. Goi H la hinh chiéu ctia M len (Ozy).
Cho biét OM = 6, (1,0H) = 60°, (OH,OM) = 30°. Gia sit OM =

Tim c.

(a;b;¢).

KQ:
V4
C
\\ M
k0
J! B Yy
__}O AY : 7/
i < 0
__________ H
xr
KQ:
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y / 7 7
BIEU THU'C TOA PO CUA CAC PHEP TOAN VEC-TO

\9/
A-DE 1
n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Trong khong gian Oxyz, cho hai véc-to 1a @ = (2;1; —1) va ¥ = (1;3;1). Toa do cia véc-to @ +27 tuong
ung la

(A) (3;4;0). B)(1;-2; —-2). ©)(4;7;1). D) (5;5; —1).
Cdu 2. Trong khong gian Oxyz, cho diém A théa man OA=27+ Tovei 7
toa do Ox, Oy. Toa do diém A la

, 7 1 hai véc-to don vi trén hai truc

() A(2;1;0). (B) A(0;2; 1). (©) A(0;1;1). (D) A(1;1;1).

Cau 3. Trong khong gian Oxyz, cho diém I(2;3; —4). Khodng cach tit I dén truc Ox bing
® 2. B)5. (©)V13. (D)2v/5.

Cau 4. Trong khong gian Ozyz, cho hai véc-to @ = (1;0; —1), ¥ = (2;1; —2). Tich vo huéng ¥ - ¥ bang
&)0. B)1. (©)4. (D)2.

Cau 5. Trong khong gian Ozyz, cho diém A(2; —1;0) va diém B(3;1;1). Toa do diém ddi xiing véi A qua B 1a
@) (1;-2;—4). ®)(0;3;-1). ©(4:3;2). ©)(0;-1;3).

Cau 6. Trong khong gian Oxyz, cho tam gidc ABC véi A(1;2;1), B(—3;0;3), C(2;4;—1). Tim toa do diém D
sao cho tit gidc ABCD 1a hinh binh hanh.

(B) D(6;-6:3). (B)D(6:6;3). (© D(6;-6; -3). (D) D(6;6;-3).
Cau 7. Cho tam giac ABC biét A(2; —1;3) va trong tam clia tam gidc c6 toa do 1a G(2;1;0). Khi do AB + AC
c6 toa do la

@) (0;—9;9). (0; 6;9). (©)(0;9; —-9). (D) (0; 6; —9).
Cau 8. Trong khong gian Oxyz, cho cac diem A(2;—1;6), B(—3;—1;—4), (5;—1;0). Khang dinh nao sau day
ding?

@ AABC can. AABC’ ¢6 3 goc nhon. @AABC vuong. @AABC déu.

Cau 9. Trong khong gian Oxyz, cho hai véc-to @ = (2;m + 1;—1) va b = (1;—3;2). V6i gia tri ndo ciia m sau
day thi ‘3. F‘ — 37

@) 4. (B)0. (©2. (D)-3.
Cau 10. Trong khong gian Oxyz, cho ba diém A(—1;—2;3), B(0;3;1), C(4;2;2). Cosin clia géc BAC bang
9 9
2/35° V35 2V/35° © V35

Cau 11. Trong khong gian Oxyz, cho ba diem A(1;2; —1), B(2; —1;3), C(—4;7;5). Toa do chan dudng phan giac
trong géc B cla tam giac ABC' 1a

Somn U REN) e(R) e

Cau 12. Trong khong gian Ozyz, cho ba diém A(0;0; —1), B(—1;1;0), C(1;0;1). Tim diém M sao cho 3M A% +
2M B? — MC? dat gia tri nho nhat.

(TR ) e ew(io)

B3 cau trdc nghiém diing sai

Cau 13. Trong khong gian Ozyz, cho véc-to OA = (2; —1;5) va diém B(5; —5;7).
a) Toa do clia diem A la (2; —1;5).
b) Goi C(a;b;c) théa man AABC nhan G(1;1;1) lam trong tam. Khi d6 a +b+ ¢ = —4.
c) Néu A, B, M(z;y;1) thing hang thi téng = +y = 3.
d) Cho N € (Ozy) dé AABN vudng can tai A. Tong hoanh do va tung do clia diém N bang 3.
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Cau 14. Trong khong gian Oxyz, cho hai diém A(1;3;4) va B(2;3;—1).
a) Trong tam cia tam giac OAB la G(1;2;1).
b) Khoang céch giita hai diém A va B 1a v/29.
c) Biét C(a;b;c) 1a dinh thit tu cta hinh binh hanh OABC. Khi d6 gia tri a + b+ ¢ = —4.
d) Goi S la tap hgp cac gia tri ctia tham s6 m dé D(m;m + 2;1) thda man goc giita hai véc-to OA va BD la
45°. Khi d6 téng cac phan tit ciia S 1a 55—1
Cau 15. Trong khong gian Oxyz, cho AABC ¢6 A(1;2;3), B(—2;4;4) va C(4;0;5).
a) Toa do véc-to AB = (—3;2;1).
b) Trung diém I ctia doan thang BC c6 toa do 1a (1;2;4).
¢) Diém N théa man AN = 3BN + NC c6 toa do 1a (—11;10;4).
d) Cho G la trong tam AABC. Biét diém M nam trén mat phing (Oxy) sao cho do dai doan thang GM ngan
nhat. Khi d6 do dai doan thang GM = 4.
Cau 16. Trong khong gian Ozyz, cho hai diém M (2;3;—1), N(—1;1;1).
a) Hinh chiéu ctia diém M trén truc Oy c6 toa do 1a (—2;3;1).
b) Goi E la diém dbi xiing ctia diém M qua N. Toa do ctia diém E la (—4; —1;3).
c) Cho P(1;m — 1;3). Tam giac M NP vuong tai N khi va chi khi m = 1.
d) Diém I(a;b;c) ndm trén mit phing (Oxy) théa man T = ‘Bfﬁ— fﬁ‘ dat gia tri nhé nhat. Khi do6
20 +b+c=09.

B cau tréc nghiém tré 16i ngén
Cau 17. Trong khong gian Ozyz, cho hinh hop M N PQ.M’'N'P'Q)' v6i M (1;0;0), N(2; —1;1), Q(0;1;0), M'(1;2;1).
Biét toa do diém P’(a;b;c). Khi d6 gia tri tong a + b + ¢ bing bao nhieu? KQ:

Cau 18. Trong khong gian Ozyz, cho 3 diém M (2;3;—1), N (=1;1;1), P (1;m — 1;2). V6i gia tri ndo ctia m thi
tam giac M N P vudng tai N7 KQ:

—> —>
v

Cau 19. Trong khong gian Oxyz, cho véc-to ¥ = (1;1;—2), ¥ = (1;0;m). V6i m = mg thi goc gitta hai o,

biang 45°. Khi d6 gia tri 10mg bang bao nhiéu (két qua lam tron dén hang phan chuc)? KQ:

Cau 20. Trong khong gian Ozyz, cho ba diém A(3;1;0), B(2;1;—1), C(z;y; —1) sao cho tam giac ABC' 1a tam
gidc vuong can tai A. Khi dé tdng = + y bang bao nhiéu? KQ:

Cau 21. Trong khong gian Ozyz cho cac diem A(1;0;0), B(3;2;4), C(0; 5;4). Xét diém M thudc mat phang (Oxy)
sao cho P = M A% + M B? +2MC? dat gia tri nh6 nhat. Tim gi& tri nhé nhat P, d6. KQ:

Cadu 22. Trong khong gian Oxyz, cho véc-td @ = (1;—1;0) va hai diém A(—4;7;3), B(4;4;5). Hai diém M, N
thay ddi thuoc mat phing (Ozy) sao cho MN ciing huéng v6i @ va MN = 5v/2. Gia tri 16n nhat ciia |[AM — BN|
bang bao nhiéu (két qua lam tron dén hang phan tram)? KQ:
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AL =

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Trong khong gian Oxyz, cho hai vécto 1a @ = (1;2;3) va b = (4;5;6). Toa do clia vécto @ + b tuong

ang la
@) (5;7;9). (3;7;9). (©)(5;3;9). (D) (3;5;9).
Cau 2. Trong khong gian Ozyz, cho hai vécto 1a @ = (2; —1;4). Toa do clia vécto —a 1
B) (—2;1; —4). B)(2;—1; —4). (©)(—2;—1;4). (D) (2;1;4).
Cau 3. Trong khong gian Ozyz, cho hai vécto 1a @ = (1;2;3) va ¥ = (4; —5;6). Tim tich vo hudng ctia hai vécto
7 va v,
@A) 12. (B) 20. (©)14. (D)28.

Cau 4. Trong khong gian Oxyz, cho diem A(1;2;3) va diém B(3;4;5). Toa do diem C 1a trung diém ciia doan
thang AB la

) (2;3;4). B)(1;3;5). (©)(2;4;3). D) (2;2;3).

Cau 5. Trong khong gian véi hé toa do Ozyz, cho ba diém A(3;2; —5), B(1;2;4), C(2;5; —2). Toa do trong tam
G cia ANABC la

(B) G(6;9; —3). B)G(2;3;-1). ©G(2;3;1). (D)G(6;9;3).

Cau 6. Trong khong gian Ozyz, cho hai vécto 1a @ = (1;2;3) va b = (2; —1;1). Tim biéu thtic toa do ciia vécto
C=3d—-2b.

B (—1;8;7). B)(3;4;5). ©(-1;7:7). (D) (4;5;6).
Cau 7. Trong khong gian Oxyz, diém déi xting véi diém M (2;2; —1) qua mat phang (Oyz) la

(B) M'(2;—2;1). (B) M'(—2;0;0). (© M'(=2;-2;1). @) M'(-2;2;-1).
Cadu 8. Trong khong gian Oxyz, cho diém M (1;—2;3). Diém ddi xing v6i M qua truc Oy la

(A) My(1;2;3). (B) M3(—1;2;-3). (©) My(—1; —2; =3). (D) My (1;—2;—3).

Cau 9. Trong khong gian v6i hé truc toa do Ozyz cho tam giac ABC, vé6i A(1;2;1), B(—3;0;3), C(2;4;—1). Tim
toa do diém D sao cho tit gisc ABCD 1a hinh binh hanh.

(B) D(6;6; —3). (B) D(6; —6;3). (©) D(6:6;3). (D) D(6;—6;—3).
Cau 10. Trong khong gian Oxyz, cho hai vécto 1a @ = (1; —2;3) va b= (—2;1;2). Tich vo hudng (E’ + 6)) b
bang

@) 12. B)2. ©11. (D)10.

~ . - - 1 v3 . .
Cau 11. Trong khong gian Oxyz, cho hai vécto 1a @ = (1;0;0) va b = (2; \2[;0). Goc gitta hai vécto nay

13
&) 30°. (B)45°. (©)60°. (D)90°.

Cau 12. Trong khong gian Ozyz, cho hai diém A(1;2;1); B(2;—1;3) va diém M (a;b;0) sao cho M A? 4+ M B2
nhé nhat. Gia tri ctia a + b 1a

A 3. B)—2. ©1. (D)2.

B3 cau trdc nghiém diing sai

Cau 1._)Tr0ng khong gian Ozyz, cho cac diem A(1; —2;3), B(—2;1;2), C(3;—1;2).
a) AB=(-3;3;1).
b) AB = 3AC.
c) Ba diém A, B, C khong thing hang.
47 1
d) Toa do chan dudng cao vé tit A clia tam giac ABC' la <—2;; 2—3; >

Cau 2. Trong khong gian Oxyz, cho cac diem A(1;3;5), B(1;1;3), C(4; —2;3).
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. 1
a) Toa do trung diem cta BC' la (g, ~5 3).
b) Do dai doan thing BC 1a 3v/2.
—— . TV19
c) Cosin BAC bang 35
d) Goi D la dinh tht tu ctia hinh binh hanh ABC'D. Toa d¢ hinh chiéu ctia trong tam tam giac ABD lén mit
phéng Oyz 1a (2;0;0).
Cau 3. Trong khong gian véi hé truc toa do Oxyz, cho OA =37 — Z, vii 7, Z; 14 hai vécto don vi trén hai truc
toa do Oz, Oz, hai diém B(—1;2;3), C(1;4;1).
a) A(3;0;-1).
b) Ba diém A, B, C thing hang.
c) Diém D(a;b;c) 1a diém déi xing ctia v6i A qua B. Khi d6 a + b+ c = 6.
d) Diém M (m;n;p) trén mit phing (Ozy) sao cho M A2 + M B? + MC? dat gia tri nhé nhat. Khi d6 2m —
n + 2024p = 0.
Cadu 4. Trong khong gian v6i hé truc toa do Oxyz, cho ba diém A(1;2;3), B(2;1;5), C(2;4;2).
. 3 3
a) Toa do trung diém cua AB la (5; 5 4).
b) OA + OB + OC = (5,7;10).
c) Goéc gitta hai dudng thang AB va AC bing 30°.
d) Diém I(a;b; ¢) ndm trén mit phang (Oxz) théa man T = )3I—§ - 1—5) dat gia tri nhé nhat. Khi d6 a—2b+2c =
15.

Cau tréc nghiém trd 1&i ngén

Cau 1. Trong khong gian Ozyz, cho hai diéem A(—1; —1;1) va B(3; —1;1). Diém M (a; b; ¢) thda man AM = 3MB.
Tinh a — 2b+ c. KQ:

Cdu 2. Trong khong gian Ozyz, cho ba diém A(0; 1;3), B(3;2;8) va C(—2;m;4). Tim m dé tam gidc ABC vuong
tai A. KQ:

~ , 1 ,
Cau 3. Trong khong gian véi hé toa do Oxyz, cho ba diem A(—2;3;1), B <4; 0; 1>, C(2;0;1). biem D(a;b;¢) la

chan duong phan giac trong géc A cia tam gidac ABC. Tinh 2022a + 2023b — 2024c. KQ:

Cau 4. Trong khong gian Ozyz, cho tam giac ABC véi A(1;2;5), B(2;4;-3), C(3;3;1). Goi G la trong tam
clia tam gidc ABC va M la diém thay ddi trén mit phang (Oxy). Do dai GM ngén nhat bing bao nhiéu?

KQ:
Cau 5. Trong khong gian v6i he toa do Oxyz, cho cac diem E(3;—2;1), F(7;18; —7). Diém M (a;b; c) thda man
FM =3ME. Khi d6 a — b+ ¢ bang bao nhiéu? KQ:

Cau 6. Trong khong gian Oxyz, cho tam gidac ABC biét A(1;2;3), B(0; —1;4), C(2;2;5). Diém M (za;yar; 20)
thudc mit phéng Ozy sao cho biéu thitc S = M A2+ M B? + MC? dat gia tri nhé nhat. Tinh P = x4+ yas + 207

el [

50/215 ’ B ThS. Nguyén Hoang Vit — @ 0905.193.688 /‘



J Phain 3. CAC 5O DAC TRUNG DO MUC BO PHAN TAN CUA MAU SO LIEU GHEP NHOM Khi thanh céng ban ndi gi cing ddng

y / J J

I § P/
CAC SO DAC TRUNG DO MUC DO PHAN TAN
CUA MAU SO LIEU GHEP NHOM

KHOANG BIEN THIEN VA KHOANG TU PHAN VI CUA MAU SO
LIEU GHEP NHOM

0

A-DE 1

n Cau tréc nghiém nhiéu phuong an lva chon

Cau 1. Phat biéu nao sau day la sai
@ Khoang t phan vi cang 16n thi miu s6 lieu cang phan tan.
Khoang tt phan vi khong phu thudc vao cac gia tri bat thuong.
@ Khoang bién thién cang bé thi do phan tin cang bé.
@ Khoang bién thién khong phu thudc vao cac gia tri bat thuong.

Cau 2. Cho mau s6 liéu ghép nhém cho béi bang nhut hinh sau

Nhém | [160;163) | [163;166) | [166;169) | [169;172) | [172;175)
Tan sb 6 11 9 7 3

Cd mau clia mau so lieu bang
@ 11. (B) 36. (©)175. (D)15.

Cau 3. Cho mau s6 lieu ghép nhém cho béi bang nhu hinh sau

Nhém | [160; 163) | [163;166) | [166;169) | [169;172) | [172;175)
Tan sb 6 11 9 7 3

D6 dai méi nhém béang
)2 (B)3. (©)5. (D)4.

Cau 4. Cho mau s6 liéu ghép nhém cho béi bang nhu hinh sau

Nhém | [160; 163) | [163;166) | [166;169) | [169;172) | [172;175)
Tan sb 6 11 9 7 3

Khoang bién thién ctia mau sb lieu 1a
@) 3. (B)9. (©)s. (D)15.

Cau 5. Cho mau s6 lieu ghép nhém cho béi bang nhu hinh sau

Nhém | [160; 163) | [163;166) | [166;169) | [169;172) | [172;175)
Tan sé 6 11 9 7 3

Khoang chita mét ctia mau sb lieu 1a
(A)[163;166). [166; 169). (©)[169;172). (D)[172;175).

Cau 6. Cho mau s6 lieu ghép nhém cho bdéi bang nhu hinh sau
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Nhém | [160; 163) | [163;166) | [166;169) | [169;172) | [172;175)
Tan s6 6 11 9 7 3

M6t ctia mau sb liéu 1a

(A)166. (B)163. (€)165,14. (D)166,6.

Cau 7. Cho méau s6 lieu ghép nhém cho béi bang nhu hinh sau

Nhém | [160; 163) | [163;166) | [166;169) | [169;172) | [172;175)
Tan s6 6 11 9 7 3

Tt phan vi thit nhat cia mau 1a

(A)164,1. (B)163,2. (€)163,5. (D)163,8.

Cau 8. Cho mau s6 lieu ghép nhém cho béi bang nhu hinh sau

Nhém | [160; 163) | [163;166) | [166;169) | [169;172) | [172;175)
Tan sé 6 11 9 7 3

Khoang t1t phan vi clia mau s6 liéu 1a

R)5,6. B)5,2. (©)6.,4. (D)6,3.
Cau 9. Biéu dod dudi day thong ke thoi gian tap thé duc budi sing mdi ngady trong thang 9/2022 ciia bac Binh
va bac An.
86 ngay
B e
25 B Bic Binh
20- B Bé4c An

15

10-

2025) 25:30) phit

Trung binh thoi gian tap thé duc mdi ngay ciia bac Binh la

(A) 26 phiit. 25,5 phiit. (€)25,75 phiit. (D)25 phit.

Cadu 10. Biéu dd dudi day thong ké thai gian tap thé duc budi sang mdi ngay trong thang 9/2022 ctia bac Binh
va bac An.
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Sé ngay
B0 e
25 B Bic Binh
20- B Bac An

15

10-

[15;20) [20;25) [25;30) [30;35) [35;40) phit

Khoang bién thién biéu thi thoi gian tap thé duc ciia bac An la

(A) 10 phiit. 15 phiit. (€)20 phut. (D)25 phit.

Cau 11. Biéu dd dudi day thong ké thai gian tap thé duc budi sang mdi ngay trong thang 9/2022 ctia bac Binh
va bac An.

Sé ngay

B Bic Binh

B Bac An

[15;20) 2025) 25;30) [30;35) [35;40) phit

Tt phan vi thi nhit ctia mau sb lieu thoi gian tap thé duc ciia bac Binh 13

A)22,4. (B)22,14. (©)21,04. (D)21,4.

Cdu 12. Biéu dd dudi day thong ké thai gian tap thé duc budi sang mdi ngay trong thang 9/2022 ctia bac Binh
va bac An.
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Sé ngay
30 o e e et e e ettt

25- B Bic Binh

20- M Bac An
15

10-

[20;25) [25:30) [30;35) phiit

Khoang t& phan vi biéu thi thoi gian tap thé duc ctia bac Binh bing
B)7.4. (B)6,8. ©7,1. (D)8, 1.
B3 cau trdc nghiém diing sai

Cau 13. Béang bén dudi biéu dién mau s6 ligu ghép nhom vé chidu cao (don vi: centimét) ciia cic hoc sinh nam
16p 12A va 16p 12B & mot trudng trung hoc phd thong.

Chiéu cao [160;163) | [163;166) | [166;169) | [169;172) | [172;175)
S6 hoc sinh nam 16p 12A 6 11 9 7 3
S6 hoc sinh nam 16p 12B 0 21 8 7 0

a) Do dai méi nhém bang 3 (cm).

b) Khoéang bién thién ctia mau s6 lieu ghép nhém vé chiéu cao ciia cac ban hoc sinh nam 16p 12A 14 15 (cm).
c) Khoéang bién thién ctia mau sb lieu ghép nhoém vé chiéu cao ctia cac ban hoc sinh nam 16p 12B 1a 15 (cm).
d) Néu can cit va khodng bién thién thi chiéu cao ciia cac ban nam & hai 16p ¢6 do phan tdn nhu nhau.

Cau 14. Ban Trang thong ké lai thoi gian tap thé duc budi sang ctia bac Binh va bac An & bang sau:

Thoi gian (phut) [15;20) | [20;25) | [25;30) | [30;35) | [35;40)
S6 ngay tap ctia bac Binh 5 12 8 3 2
S6 ngay tap ctia bac An 0 25 5 0 0

a) Trong miu sb lieu ghép nhém vé thoi gian tap thé duc budi sang ctia bac An, tit phan vi thit nhat bing
22,5 (phit).

b) Khoéang bién thién ctia mau s6 lieu ghép nhom vé thoi gian tap cia ciia bac An 1a 25 (phut).

¢) Khoang bién thien ctia miu sb lieu ghép nhém vé thoi gian tap clia clia bac An la 25 (phut).

d) Néu can cit va khoang bién thién thi bac Binh c6 thoi gian tap phan tan hon bac An.

Cau 15. Mot doanh nghiép 6 dia phuong A muén huéng dich vu ctia minh dén cac gia dinh ¢6 mtc thu nhap 6
tam trung, tic 1a 50% cac ho gia dinh c6 mitc thu nhap & chinh gitta so v6i mitc thu nhap clia tat ca cac ho gia
dinh ctia dia phuong nén tién hanh diéu tra téng thu nhap trong nim 2022 ciia mot sé6 ho gia dinh trong mot dia
phuong nay. Két qua dudge ghi lai trong bang sau:

Téng thu nhap (triéu dong) | [200;250) | [250;300) | [300;350) | [350;400) | [400; 450)

S6 hé gia dinh 24 62 34 21 9
A s v 1z, x4 1en ) R 16175
a) Tw phan vi thi nhat clia mau so6 lieu ghép nhéom la @ = 62
- 1417125
b) T phan vi thid ba clia mau so6 lieu ghép nhom 1a Q3 = e
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< 2 65475
c) Khoang t phan vi ctia mau so liéu ghép nhém la Ag = SETER
N P 16175 11525 N
d) Doanh nghiép can huéng dén céc gia dinh ¢6 mic thu nhap trong khoang [62; 34) (trigu dong).

Cau 16. Gia sit két qua khao sat hai khu vigc A vi B vé do tudi két hon ciia mot sé phu nit vira lap gia dinh
dugce cho & bang sau:

Tubi két hon [19;22) | [22;25) | [25;28) | [28;31) | [31;34)
S6 phu nit khu vic A | 10 27 31 25 7
S6 phu n@ khu viuc B | 47 40 11 2 0

a) Khoang bién thién ctia miu s6 licu ghép nhom ting v6i khu vige A va khu vire B 1a 15 tudi.
= 388
b) Khoéng tit phan vi cia mau so6 lieu ghép nhéom tng véi khu vye A la e
1647

470

¢) Khoang tit phan vi ctia mau s6 lieu ghép nhém ting véi khu vuc A 1a

d) Phu nit 6 khu vige A ¢6 do tudi két hon dong déu hon.

Cau tréc nghiém trd 1&i ngén
Cédu 17. Béng 8 biéu dién mau s6 lieu ghép nhom vé sb tién (don vi: nghin dong) ma 60 khach hang mua sich &
mot ctta hang trong mot ngay.
 Nhom | [40;50) | [50; 60) | [60;70) | [70;80) | [80;90)
| Tinso| 3 6 19 23 9

Khoang bién thién cia mau s6 liéu ghép nhém trén bang bao nhiéu ? KQ:

Cau 18. Bang sau biéu dién mau sb liéu ghép nhom veé s6 tién (don vi: nghin dong) ma 60 khach hang mua sach
G mot cita hang trong mot ngay.
| Nhom | [40;50) | [50: 60) | [60;70) | [70;80) | [80;90)
| Tinso| 3 6 19 23 9

Khoang t& phan vi clia mau s6 ligu ghép nhém trén bang bao nhieu (lam tron dén 1 chit s6 thap phan)
KQ:

Cau 19. Diém thi danh gid nang lyc ciia mot truong Dai hoc A thé hién & biéu do cot nhu sau.

S6 hoc sinh

140 53

122
120

104
100 95 95

80

60 54 55

40

[\)
o o
=3
=3
=3
=
=3
=3
=3
—
o
) j—l
=3
=
=3
=3

.2
Diem

—_— e e e e e e e e e e e e e e e —— o o O O
oOOOOOOOOOOODOOOOO%mOmO
'E‘OLDOLDOLOOLDOLDOLDO\DOIOOIODOHHC\]
= B LA M e R AT a S A - BT WY
O'F'(F(HHHHHHHHHHHHHHHHF'(F(HHH
._.mOLOOLOOLQOLOOLOOLOOLOOLOOmOLQOLO
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Khoang ti& phan vi cia mau diém thi danh gia ning luc nay bing bao nhiéu (lam tron dén hang don vi)

KQ:

Cdu 20. Cho bang biéu dién mau s6 lieu ghép nhém théng ké miic luong ctia mot cong ty (don vi: triéu dong).
Nhom | [10;15) | [15;20) | [20;25) | [25;30) | [30;35) | [35; 40)
Tan sb 15 18 10 10 5 2

Khoang bién thién ctia mau s6 lieu ghép nhém do 1a

KQ:

Cadu 21. Cho bang biéu dién mau s6 lieu ghép nhém théng ké miic luong ctia mot cong ty (don vi: trieu dong).

Nhom

[10; 15)

[15;20)

[20; 25)

[25; 30)

[30; 35)

[35; 40)

Tan sb

15

18

10

10

5

2

Khoang t¢ phan vi cia mau s6 liéu ghép nhém da cho la

KQ:

Cdu 22. Cho bang biéu dién méu s6 lieu ghép nhém vé do tudi clia cu dan trong mot khu phd.

Nhom | [20;30) | [30;40) | [40; 50) | [50; 60) | [60; 70) | [70;80)
Tan s6 25 20 20 15 14 6
Tinh khoadng bién thién ctia mau s6 lieu ghép nhém do.

KQ:
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n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Khoang tit phan vi AQ ciia mot mau s6 lieu ghép nhém 13
@ Hieu gitta t1t phan vi thi ba va ti phan vi thit nhat clia mau s6 lieu do: AQ = Q3 — Q1.
Hiéu gita t1¢ phan vi thd nhat va t phan vi thit ba ctia miu s6 lieu do: AQ = Q1 — Qs.
@ Tong gitta t phan vi thit nhat va ti phan vi thit ba ctia mau s6 lieu dé: AQ = Q1 + Q3.

@ Trung binh cong clia t phan vi thit nhat va ti phan vi thit ba clia mau s6 lieu dé: AQ = %
Cau 2. Bac Long lam nghé xe 6m, thong ké quang duong di duge ciia bac Long trong 20 ngady duge cho trong

bang sau

Quéng duong (km) | [20;30) | [30; 40) | [40; 50) | [50; 60) | [60; 70)
S6 ngay 3 5 6 4 2

Khoang t1t phan vi clia mau sb liéu trén 13
(A)18,5. (B)20,5. (€)26,5. (D)22,5.

Cau 3. Théng ké s6 hoc sinh di hoc muon trong mot thang ciia trusng THPT A dudc cho trong bang sau
s6 hoc sinh di muon | [0;3) | [3;6) | [6;9) | [9;12) | [12;15)
S6 ngay 3 5 6 4 2

Khoang bién thién ctia mau sb liéu trén 1a

@B)s. (B) 14. ©12. (D)15.
Cau 4. Anh Minh lam nghé giao hang, théng ké quiang duong di dudc ctia anh Minh trong 15 ngay dugde cho
trong bang sau:

Quang duong (km) | [10;20) | [20;30) | [30;40) | [40;50) | [50; 60)
S6 ngay 3 4 5 2 1

Khoang t1t phan vi clia mau s6 liu trén 13
A)s. 10,5. (©)12,5. (D)14.
Cau 5. Phat bicu nao sau day la sai?
@ Khoang tt phan vi cang nhé thi mau s6 liéu cang tap trung.
Khoang tt phan vi it bi anh hudng bdi cdc gia tri bat thudng.
@ Khoéang bién thién cang 16n thi do phan tan cang lén.
@ Khoang t¢ phan vi phu thudc vao cac gia tri bat thudng.
Cau 6. Bang sau théng ke lai can ning cia 50 qua duta hau duge lya chon ngau nhién sau khi thu hoach & nong
truong:

Can nang (kg) | [1,5;1,6) | [1,6;1,7) | [1,7;1,8) | [1,8;1,9) | [1,9;2,0)
S6 qua dua ) 10 20 10 )

Khoang t1t phan vi clia mau s6 liéu trén 13

R)0,15. (B)0,30. (©)0,25. (D)0,40.

Cau 7.
Cho bang biéu dién mau sé liéu. ghép nhém vé\ chiéu cao ctia 50 mau cay & Nhém | Tan s6 | Tan s6 tich luy
mot vuon thue vat (don vi centimet). Ménh deé nao sau day dung.
[40;45) | 7 7
[45:50) | 12 19
[50; 55) 9 28
[55:60) | 10 38
60;65)| 8 46
[65; 70) 50
n =50
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J 1. Khodng bién thién v& khodng t& phan vi clia méu sé liéu ghép nhém

(B)Q, = 45.

(D) Nhém c6 tan s6 16n nhat 1a nhém [55; 60).

@ C8 mau n = 51.
(©) Qs = 12,65.

Cau 8. Trong mot cudce khao sat vé thoi quen doc sach clia 50 hoc sinh, s6 Iugng sach ma mdi hoc sinh doc trong

mot thang duge théng ké nhu sau:

S6 Iugng sach

S6 hoc sinh

Tan s6 tich luy

)

1;
2;
3;
4;

[0;1)
[1;2)
[2:3)
[3:4)
[4;5)

U'»-lkC.Ol\D

I

8
12
15
10

5

8
20
35
45
50

Phan 16n s6 hoc sinh doc dudc s6 lugng cudn sach trong khodng

(©)[3;4).

(B)[4;5).

B)[2;3).

Cau 9. Mot nha khoa hoc thyc hién mot nghién citu vé do dai ctia 30 con ¢4 trong mot ho ca (don vi: centimet).

Két qua thu duge dugce bicu dién trong bang sau:

Nhom | Tan s6 | Tan s6 tich luy
[10;15)| 4 4
[15:20) | 8 12
20;25)| 6 18
25:30)| 9 27
30;35)| 3 30

n =30

Meénh dé nao sau day la sai?

(A) C3 méu n = 30.
(©) Q3 =295 (cm).

Cau 10. Thoéng ké s6 gio hoc thém mdi tuan clia cidc hoc sinh trong mot 16p trong 30 ngay dude cho trong bang

Q1 = 18 (cm).

@Khoéng ti phan vi AQ = 15 (cm).

sau:
S6 gio hoc them (gio) | [1;3) | [3;5) | [5;7) | [7;9) | [9;11)
S6 ngay 5 8 | 9 | 6 2
Tt phan vi thit ba clia mau s6 liéu trén 1a
(A) Q3 = 7,191. (B)Q3 = 8,167. (©)Q3 =17,167. (D)Q3 = 8,191.

Cau 11. Mot nha tam 1y hoc thyc hién mot nghién citu vé s6 lugng tin nhan ma 15 cap doi yéu nhau giii cho
nhau trong mot tuan (don vi: tin nhin). Ké quéa thu duge duge biéu dién trong bang sau:

Nhém | Tan s6 | Tan s6 tich luy
[20;25)| 3 3
[25:30) | 4 7
[30;35) | 2 9
[35;40) | 3 12
[40;45) | 3 15
n =15
Tt phan vi thi nhat 1a
A Q, = 24,9375. (B)Q: = 24,9382 (©)Q, = 25,9375. (D)Q; = 25,9382.

Cau 12. Khoang t1t phan vi trong théng ké 1a gi va dugce st dung trong trudng hop nao?
(A) Mot phép do mo ta sy phan b clia mot tap dit lieu bing cach chia tap dit licu thanh bén phan bing nhau.
Mot phép do mo ta sy bién dong ciia dit lieu bang cach chia tap dit lieu thanh bén phan bang nhau.
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@ Mot phép do mo ta sy phan bo clia mot tap dit lieu bang cach chia tap dit lieu thanh hai phan, méi phan

chita mot phan tu (25%) cta di lieu.
@M(f)t phép do mo ta sy bién dong ciia dit lieu bang cach chia tap dit lieu thanh hai phan, mdéi phan chita

mot phan tu (25%) ctia dit ligu.

B3 cau trdc nghiém diing sai

Cau 13. Ban Trang thong ke lai chiéu cao (don vi: cm) clia cdc ban hoc sinh nit 16p 12A va 16p 12B & bang sau.
Lop Chidu cao | [155; 160) | [160; 165) | [165; 170) | [170;175) | [175; 180) | [180; 185)
12A 4 9 12 9 0
12B 8 12 8 5 2 0
a) CG mau cua 12B la n = 35.
. e 4, . X e 1L _ 5855
b) T phan vi thd nhat cia mau so6 lieu 16p 12A 1a 36

- 3845
¢) Tt phan vi thi ba cia mau so lieu 16p 12B la 51"

d) MAu sb liéu ctia 12A it phan tdn hon 12B.

Cau 14. Hing ngay ong Thiang déu di xe buyt tit nha dén co quan. Duéi day 13 bang thong ké thoi gian ctia 100
lan ong Thang di xe buyt tit nha dén co quan. Xét tinh ding - sai clia cAc ménh dé sau.

Thoi gian (phat) | [15;18) | [18;21) | [21;24) | [24;27) | [27;30) | [30;33)
S6 lugt 22 38 27 8 4 1
a) C3 mau n = 33.
693
b) Q1 = 2.
) Q1 5
) Ag =

114°
d) Di hét 31 phit 1a mot gia tri ngoai 1¢ ctia mau s6 lieu ghép nhom.

Céau 15. Cho bang biéu dién miu sb lieu ghép nhom vé chidu cao ciia 50 mau cay ¢ mot vusn thue vat (don vi
centimet). Xét tinh ding sai clia cac ménh dé sau.

Nhém | Tan s6 | Tan s6 tich luy
[40:45) | 7 7
[45;50) | 12 19
[50;55) 9 28
[55:60) | 10 38
[60; 65) 8 46
[65:70) | 4 50
n =50
a) C6 mau n = 50. b) Q1 = 45. c) Q3 =675. d) Ag ~ 54,075.

Céu 16. O mot phong didu tri noi tra ctia benh vien, dit lieu théng ke thoi gian ngh hiing dém ciia hai bénh

nhan trong suét mot thang dugce tong hop bdi hai bang dudi day:
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Bang a. Thai gian ngt ctia bénh nhan A Bang b. Thai gian ngt ctia bénh nhan B

Thoi gian (phit) | S6 dem (tan s6) Thoi gian (phut) | S6 dem (tan s6)
[180; 240) [180; 240)
[240; 300) 1240; 300)
[300; 360) 10 [300; 360) 12
[360; 420) 6 [360; 420)
[420; 480) 4 [420; 480)
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a) Kich thuéc mau so lieu la 45. b) Q1A = 270.
c) AgB =28l1. d) Bénh nhan A ngii 6n dinh hon bénh nhan B.

Cédu tréc nghiém trd 18i ngén

Cau 17. Bang duéi day biéu dién mAiu sb lieu ghép nhom vé sb lan khach hang ghé tham mot quan ca phé trong

mot thang.
S6 1an | [5;10) | [10;15) | [15:20) | [20;25) | [25; 30)
S6 khach 4 8 12 20 16
Khoang bién thién clia mau s6 liéu ghép nhém trén bang bao nhiéu? KQ:

Cau 18. Bang sau bicu dién mau s6 licu ghép nhom vé s6 phiit ma 50 ngudi st dung dich vu internet trong mot
ngay.

Nhém | [20;30) | [30;40) | [40;50) | [50;60) | [60; 70)
Tansé| 5 12 15 10 8

Khoang t phan vi clia mau s6 lieu ghép nhém trén bang bao nhieéu (Iam tron dén 1 chit s6 thap phan)?

KQ:

Cadu 19. Béng sau biéu dién mau s6 liéu ghép nhém vé tdc do (don vi: km/h) clia cadc phuong tién giao thong
trén duong cao toc.

\Nhom [60;70) | [70;80) | [80;90) | [90; 100) | [100; 110)
\Tan 6 10 20 30 25 15

Tinh khoang t1 phan vi ctia mau s6 lieu ghép nhém trén (1am tron dén 1 chit s6 thap phan). KQ:

Cau 20. Cho bang biéu dién mau s6 lieu ghép nhém vé do tudi clia cu dan trong mot khu phd.

Nhém | [20;30) | [30;40) | [40;50) | [50;60) | [60;70) | [70;80)
Tansé | 25 20 20 15 14 6

Tinh khodng bién thién ctia mau so6 lieu ghép nhém do. KQ:

Céau 21. Cho bang biéu dién miu s6 lieu thong ké thu nhap clia cac cip vg chong trong mot khu phd (don vi:
trigu dong).

Nhém | [10;15) | [15;20) | [20;25) | [25;30) | [30;35) | [35;40)
Tan s6 | 12 20 15 8 4 1

Tinh khoang tt phan vi cia mau s6 ligu thu nhap clia cac cap vo chong da cho(lam tron dén hang phan tram).

KQ:

Cau 22. Thu nhap clia cac cap v chong trong mot ndm & mot khu phd dude thé hien qua biéu do cot sau.

60/215 - B ThS. Nguyén Hoang Vit — @ 0905.193.688 /‘




J Phain 3. CAC & BPAC TRUNG DO MUC BO PHAN TAN CUA MAU SO LIEU GHEP NHOM Khi thanh cong ban néi gi cting ding

y / J J

S6 cap vg chong

70

60

50

40

30 —
50

40
20

20 20
10

Thu nhap (triéu dong)

Tinh Khoang tt phan vi clia mAu thu nhap trén (Iam tron dén hang don vi). KQ:
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PHUGNG SAI VA PO LECH CHUAN CUA MAU SO LIEU GHEP
NHOM

A-DE 1

o Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho mau sb lieu ghép nhém sau

Nhom Gi4 tri dai dién Tan sb
la; az) Ty ni
lag; as3) T na
[am; A1) T N,
n=ni+ng+...+nm,

Goi T s trung binh cong mau sb lieu trén.

82:nl(xl—i)z+n2(x2—a_:)2+...+nm(xm—x)2

n

Cong thiic sau diing dé tinh
@ Phuong sai. DC) lech chuan. @Gié tri trung binh. @DC) phan tan.

Cau 2. Thay Tuan théng keé lai diém trung binh cudi nam ciia céc hoc sinh 16p 11A va 11B & bang sau

Diém trung binh | [5;6) | [6;7) | [7;8) | [8;9) | [9;10)

11A 1 0 11 22 6
11B 0 6 8 14 12
Néu so sanh theo do léch chuan thi hoc sinh 16p nao c¢é diém trung binh it phan tan hon?

N

2

0
Néu so sanh theo do leéch chuan thi hoc sinh 16p 11A ¢6 diém trung binh it phan tan hon.

@@

Néu so sanh theo do lech chuan thi hoc sinh 16p 11B c6 diém trung binh it phan tan hon.
@ Néu so sanh theo do lech chuan thi hoc sinh 16p 11A va 11B ¢6 diém trung binh phan tan nhu nhau.
@ Khong thé so sanh dugc.
Cadu 3. Do lech chuan c6 ¥ nghia gi trong phan tich dit lieu?
@ Do lech chuan chi ra s6 lugng quan sat trong mau dit lieu.
’ Do lech chuan cho biét trung binh ciia céc gia tri dit lieu.

@)

@ Do lech chuan do luong mtc do bién dong hosic phan tan clia cac gia tri dit lieu so véi gia tri trung binh.
@ Do lech chuan cho biét tong cac gia tri dit lieu.
Cau 4. Phuong sai trong phan tich dit liéu ¢6 y nghia gi?
@ Phuong sai cho biét gia tri trung binh ctia mau dit lieu.
Phuong sai cho biét mitc do phan tan ciia cac gia tri dit lieu so véi gia tri trung binh.
@ Phuong sai cho biét tong cac gia tri di lieu trong mau.
@ Phuong sai cho biét s6 luong quan sat trong mau dit liéu.
Cau 5. Gia tri ndo dudi day thuong duge sit dung dé dai dien cho bang dit lieu?
@ Phuong sai. D(f) lech chuan. @Gié tri trung binh. @T?m s0.

Cadu 6. Diing 1 hoc sinh rat gidi choi rubik, ban c6 thé giai nhiéu loai khéi rubik khac nhau. Trong mot lan tap
luyén giai khoéi rubik 3 x 3, ban Diing da ty thong keé lai thoi gian giai rubik trong 25 lan gii lién tiép & bang sau

Thdi gian gidi rubik (giay) | [8;10) | [10;12) | [12;14) | [14; 16) | [16; 18)
S6 ngay 4 6 8 4 3
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J Phén 3. CAC 5O BAC TRUNG DO MUC DO PHAN TAN CUA MAU SO LIEU GHEP NHOM Khi thainh céng ban néi gi cting dung

Do lech chuan clia mau s6 lieu ghép nhém cé gia tri gan nhat véi gia tri nao dudi day?

(A)5,98. (B)6. (€)2,44. (D)2,5.

Cédu 7. Mot vuon tha ghi lai tudi tho (don vi: nam) ctia 20 con hd va thu duge két qua nhu sau

Tudi tho | [14;15) | [15:16) | [16;17) | [17;18) | [18;19)
S6 con hd 1 3 8 6 2

Phuong sai clia mau so lieu duge lam tron dén hang don vi 1a
@) 1. (B)0,98. (©)03. D)o0,7.
Cau 8. Khi do lech chuan ctia mot mau dit lieu bang 2% gié tri trung binh, diéu nay cho thiy diéu gi vé mic do
bién dong cia dit lieu?
(A) Dit ligu c6 mitc do bién dong rét thap va cac gia tri dit lieu tap trung gan gia tri trung binh.
Dit liéu ¢6 mitc do bién dong cao va cac gié tri dit lieu phan tan rong rai xung quanh gia tri trung binh.
@ Gi4 tri trung binh ctia dit liéu rat cao.
@ Gi4 tri trung binh ctia dit liéu rat thap.
Cau 9. Mai ngay bac Huong déu di b dé rén luyén sitc khée. Quing dusng di bo mdi ngay (don vi: km) ctia bac
Huong trong 20 ngay duge thong ké lai 6 bang sau

Quang duong ( km) | [2,7;3,0) | [3,0;3,3) | [3,3;3,6) | [3,6:3,9) | [3,9;4,2)
S6 ngay 3 6 5 4 2

Tinh gia tri dai dién cho mau dit liéu trén.
(&) 3,39. (B)4. (©)3. (D)3,5.

Cau 10. Chiéu cao hoc sinh nit 16p 10 dugc théng ké nhu sau

Chiéu cao hoc sinh nit 16p 10

(S6 hoc sinh)

0
160 164 168 172 176 180 (Chiéu cao cm)

Chiéu cao trung binh ctia nit sinh 16p 10 1a
@) 170. (B) 180. (©)150. (D) 169.

Cau 11. Chiéu cao hoc sinh nit 16p 11 duge thong ké nhu sau
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JQ. Phuong sai va dd léch chudn clia méu sé liéu ghép nhdm

Khi thanh céng ban ndi gi cing ddng

yV J/ J J
‘ Chiéu cao (cm) | [160;164) | [164;168) | [168;172) | [172;176) | [176;180)
‘ S6 hoc sinh 3 5 8 4 1

Gia tri do lech chuan vé chiéu cao ciia nit sinh 11 xap xi bing

(A) 4,26. B)4,5. (©)3,9.

Céu 12. O cuoc thi nhéay cao clia hoc sinh 12. Két qua duge théng ke nhu sau

(D)3,5.

Do cao (cm) | [160; 164) | [164; 168) | [168;172) | [172;176) | [176; 180)
S6 hoc sinh 15 10 8 6 3

Gia tri phuong sai vé do cao bang

(A)26,14. 18,04.

B3 cau tréc nghiém diing sai

(©)26,41.

(D)26.9.

Cau 13. Biéu do tan suat hinh quat trong hinh bén mo ta bang phan bo
tan suat ghép 16p ciia dit lieu diém thi ciia 40 hoc sinh 16p 12B19 trong

ki thi hoc ki 2 mon Toan (thang diém 10). L] 67
L] [19)
[8:9)
] [910]

a) Tan sb clia cdc gid tri dai dien 6,5; 7,5; 8,5; 9,5 clia cdc 16p ghép nhém lan lugt 1a 12; 12; 9; 7.
b) Diém thi trung binh mon Toan ctia 16p 12B19 1a Z = 7,75.
c) Khoang tit phan vi clia bang s6 licu 1a Ag = g
d) Do léch chuan ctia méu s6 ligu 1a 7,82.
Cau 14. Trén hai con dusng A va B, tram kiém soat da ghi lai téc do (km/h) ctia 30 chiéc 6 to trén mdi con

duong nhu sau:
Con duong A:

Lép [50; 60) | [60;70) | [70;80) | [80;90] | Cong
Gia tri dai dién| 55 65 75 85
Tan s6 0 10 11 9 30
Con duong B:
Lép [50; 60) | [60;70) | [70;80) | [80;90] | Cong
Gia tri dai dién| 55 65 75 85
Tan sé 1 10 16 3 30

a) Gia tri trung binh ctia hai mau s6 liu ghép nhém 1a 24 = 74,6, zp = 72.

. . . 14
b) Phuong sai, do léch chuan ctia toc do xe trén duong A lan lugt 1a —3 va 8,6.

488

)d Z N 5
c) Phuong sai, do léch chuan cia toc do xe trén dusng B lan lugt 1a

va 6,9.
d) Xe chay trén con dudng B an toan hon dudng A.

Cau 15. Do chiéu cao ctia 40 hoc sinh trusng THPT X, ta c6 bang sb lieu sau

150

151

151

151

152

152

153

153

154

155

155

156

156

156

157

159

159

160

160

161

161

162

164

165

166

166

167

167

167

168

168

169

170

170

171

171

172

173

174

175
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J Phén 3. CAC 5O BAC TRUNG DO MUC DO PHAN TAN CUA MAU SO LIEU GHEP NHOM Khi thainh céng ban néi gi cting dung

y J/ J J
a) Tan sb ctia céc 16p ghép [150;155), [155;160), [160;165), [165;170), [170;175] lan lugt 1a 9; 8; 6; 9; 8.

b) Mtic do phan tan ctia mau sb lieu 1a 50,471.

c) Do lech chuan ctia mau s6 lieu ghép nhom 1a 7,29.

d) Sai s6 tuong doi ctia do léch chuan ctia méau s6 lisu ghép nhém so v6i mau s6 licu goc 1a 0,028.

Cau 16. Do dai ctia 60 14 duong xi truéng thanh dugc cho bang bang phan bo tan s6 ghép 16p nhu sau.

S6 TT | Lép cia do dai (cm) | Tan s
1 [10; 20) 18
2 [20; 30) 8
3 [30; 40) 10
4 [40; 50) 24
Cong 60

a) Tong cac gia tri dai dién c6 tan s6 24 va 8 bang 1280.
b) Do dai trung binh la & = 30.

2 1460

¢) Phuong sai ctia mau so lieu 1a 9
2 305
d) Khoéang t& phan vi ctia mau s6 lieu ghép nhom la Ag = TR

Cau tréc nghiém trd 1&i ngén

Cau 17. Bang duéi day thong ké cy li ném ta ctia mot van dong vién.

Culi (m) | [19:19,5) | [19,5;20) | [20;20,5) | [20,5;21) | [21;21,5)
Tén s6 13 45 24 12 6

Hay tinh phuong sai ctia mau s6 lieu ghép nhom trén (1am tron hai chit s6 sau dau phay). KQ:

Cau 18. Bang dudi day théng ké cy li ném ta clia mot van dong vien.

Culi (m) | [19;19,5) | [19,5;20) | [20;20,5)} | [20,5;21) | [21;21,5) |
Tin s6 13 45 24 12 6 \

Hay tinh do léch chuan ctia méu s6 ligu ghép nhom trén (1am tron hai chit s6 sau dau phay). KQ:

Cau 19. Ldp 12A3 ¢6 40 hoc sinh cling lam bai kiém tra Toan. S6 diém dat dugce clia cac ban duge théng ké nhu
trong bang

S6 didm | [0;2) | [2:4) | [4;6) | [6:8) | [8;10)
Tans6 | 2 x 15 | 12 y

Biét ring diém trung binh ca l16p dat dugc 1a 6,05. Hay tinh phuong sai ctia mau dit licu trén (1am tron hai chit

s6 sau dau phay). KQ:

Cau 20. Ban Minh Hién st dung vong deo tay thong minh dé ghi lai sé budc chan di mdi ngay trong mot thang.
Két qua dudgc ghi lai 6 bang sau

86 bude (don vi: nghin) | [3;5) | [5;7) | [7;9) | [9:11) | [11;13)
| S6 ngay cia Minh Hién 7 | 6 6 5

Hay tinh do lech chuan ctia méiu s6 lieu ghép nhém tren. KQ:

Cau 21. Ban Minh Nhan sit dung dién thoai thong minh dé choi game trong mot ngay. S6 lan ban sit dung dién
thoai dugce thdng ké nhu sau. Két qua dugce ghi lai 6 bang sau
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JQ. Phuong sai va do léch chudn ctia méu sb liéu ghép nhém

Khi thanh céng ban ndi gi ciing ddng

Hay tinh ti s6 phan tram (lam tron 1 chit s6 thap phan) gitta do léch chuan va gia tri trung binh. KQ:

y / J J

Thai gian (don vi: h)

[3;5)

[5:7) | [7;9)

[9;11)

[11;13)

S6 lan st dung

2

5

13

8

2

Cdu 22. Mot gidng cay xoan dao duge trong tai hai dia diém A va B. Ngudi ta théng ké duong kinh than ciia
mot s6 cay xoan dao 5 nam tudi ¢ bang sau

Duong kinh (cm) [30;32) | [32;34) | [34;36) | [36;38) | [38;40)
S6 cay trong & dia diém A | 25 38 20 10 7
S6 cay trong & dia diem B | 22 27 19 18 14

Tinh do léch chuan clia cay trong tai dia diém nao c6 dudng kinh dong déu hon (Iam tron 1 chit s6 sau dau phay)

KQ:

66/215 ’

B ThS. Nguy&n Hoang Viét — @ 0905.193.688 /‘



J Phan 3. CAC 3O BAC TRUNG DO MUC BO PHAN TAN CUA MAU SO LIEU GHEP NHOM

B-DE 2

n Cau tréc nghiém nhiéu phuong @n lwa chon

Khi thanh cong ban ndi gi cing ddng

y / J J

Cau 1. Xét mau s6 lieu ghép nhém cho bdi bang sau

Chon khing dinh sai.

Nhom [ur;uz) | [ug; us) [Uk; Us1)
Gia tri dai dién c1 c2 Ck
Tan sb ny ng ng

@CGmﬁulan:nl-l—ng-l--'--l—nk.

S6 trung binh ctia mau s6 lieu ghép nhéom 1a 7 =

nicy +ngCo + - + NECk

n

= 2 1
@thjng sai ctia mau s6 lieu ghép nhom 1a S? = - (nlc% + ngc% + -t nkcz — 52).

@ Do lech chuan ctia mau sb lieu ghép nhém 1a can bac hai s6 hoc ctia phuong sai.

Cau 2. Xét mau s6 lieu ghép nhém cho bdi bang sau

Nhom [u1; ug) | [ug; uz) [ Upt1)
Gia tri dai dién c1 Co Ck
Tan sb n1 no ng

Phuong sai ctia mau s6 lieu ghép nhém, ki hieu S?, duge tinh bdi cong thitc

@) $? = % [n1(e1 = T)% +na(ca —T)* + -+ + ngex — 7)%].
B)S? = [ni(c1 — ) + nalca — )2 + - + (e — )2
©s%= % [(c1 =7 + (2 = T)* + - + (e, —T)?].

D) S? = % [n1(cr =) + na(ca —T) + -+ + ni(ex — ).

Cau 3. Ban An st dung vong deo tay thong minh dé ghi lai s6 budc chan di mdi ngay trong mot thang. Két qua
dugc ghi lai & bang sau

S6 buée (don vi: nghin) | [3;5) | [5;7) | [7;9) | [9;11) | [11;13)
S6 budce dai dien 4 6 8 10 12
An 6 7 6 6 5

Phuong sai clia mau s6 liéu trén gan nhat véi gia tri ndo sau day?
(A)7,65. (B)7,56. (©)7,54. (D)7,45.

Cau 4. Miu s6 lieu sau cho biét két qua kiém tra mon Toan ciia 16p 12A nam hoc 2023 - 2024.

Diém s6 [3;5) | [5;7) | [7;9) | [9;11)
Gia tri dai dien | 4 6 8 10

S& hoc sinh 5 18 10 7

Tinh phuong sai ctia mau s6 lieu trén (lam tron dén hang phan chuc).
) 3,4. (B)4,1. (©)3,3. (D)1,8.

Cau 5. Hing ngay ong Thang déu di xe buyt tit nha dén co quan. Dudi day 1a bang théng ké thoi gian ctia 100
lan 6ng Thang di xe buyt tit nha dén co quan.

Thai gian (phut)

[15;18)

[18;21)

[21;24)

[24;27)

[27;30)

[30; 33)

S6 luot

22

38

27

8

4

1

~ ~ 2 = A PN ~ X £ 2, .z . N ~
Do léch chuan ctia mau so liéu trén gan nhat véi gia tri nao sau day?

(R)10,84.
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Khi thanh céng ban néi gi cing didng
Cau 6. Giao vien chii nhiém khao sat thoi gian st dung Internet trong mot ngay ctia 40 hoc sinh, chia thanh
nam nhém (don vi: phuat) va lap bang tan s6 ghép nhém nhu sau.

JQ. Phuong sai va dd léch chudn clia méu sé liéu ghép nhdm

'Nhém (phit) | 0;60) | [60;120) | [120;180) | [1805240) | [240; 300)
‘ S& hoc sinh 6 13 13 6 2
Phuong sai clia mau s6 lieu d6 gan nhat véi gia tri nao sau day?
(A)64,72. (B)64,70. (€)62,36. (D)62,74.
Cau 7. Cho mau s6 lieu ghép nhém nhu sau
Nhom | [0;2) | [2;4) | [4:6) | [6:8) | [8;10)
Tansé| 3 | 8 | 12 | 12 | 4 |

Do lech chuan clia mau s6 liéu trén gan nhat véi gia tri ndo sau day?
(A)2,02. (B)2,23. (©)2,35. (D)2,44.

Cau 8. Ngudi ta do duong kinh clia 61 cay gd duge trong sau 12 nam (don vi: centimét), ho thu duge bang tan
s6 ghép nhom sau

[20; 25)
‘ S6 cay 4

[25: 30)
12

[30: 35)
26

[35;40) | [40;45)
13 6

‘ Duong kinh

Phuong sai clia mau s6 lieu gan nhat véi gia tri ndo sau day?

A)27. (B)26,5.

(©)26.

(D)27,5.

Cau 9. Kiém tra dién lugng ctia mot s6 vién pin tiéu do mot hang san xuéat thu duge két qua sau

Dién lugng (Nghin mAh) | [0,9;0,95) | [0,95;1,0) | [1,0;1,05) | [1,05;1,1) | [1,1;1,15)
Gia tri dai dién 0,925 0,975 1,025 1,075 1,125
S6 pin 10 20 35 15 9

D6 lech chuan clia mau s6 lieu gan nhat véi gia tri nao sau day?
A)0,052. 0,054. (€)0,055. (D)0,053.

Cau 10. Két qua khao sat niang suat (don vi tan/ha) ctia mot s6 thita ruong duge minh hoa & biéu do sau

Nang suét lia ciia mot sd thita rudng

S6 thita Tudong
6

5

4

)
"b'\

O Ning sudt (tén/ha)
<I:)'\
\%.

D6 lech chuan clia mau s6 liéu trén gan véi gia tri nao nhat?
(A)0,294. (B)0,301. (€)0,289. (D)0,086.

Cau 11. Biéu dd sau mo ta két qua diéu tra vé diém trung binh niam hoc ctia hoc sinh hai truong A va B.
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J Phén 3. CAC 5O BAC TRUNG DO MUC DO PHAN TAN CUA MAU SO LIEU GHEP NHOM Khi thainh céng ban néi gi cting dung

y / J J

Diém trung binh nam hoc ctia hoc sinh hai trudng A va B

S6 hoc sinh
7

6 hoc sinh truong A

5 hoc sinh trucng B

0 Diém trung binh
[5;6) [6;7) [7:8) [8;9)  [9;10)

Goi x4, p lan lugt 1a s6 trung binh ctia mau s6 lieu hoc sinh truong A, B. S, Sp lan lugt 1a do lech chuan ciia
méu s6 lieu hoc sinh trudng A, B. Chon khang dinh sai.

®7s =
A=
OEL
730
(©) Sp ~ 1,123.
@ Néu so sanh theo do lech chuan thi hoc sinh truong A cé diém trung binh dong déu hon truong B.

B3 cau trdc nghiém diing sai

Cau 12. Can nang ctia mot s6 qua mit trong mot khu vuon duge thong ké 6 bang dudi. Xét tinh dang sai céc
meénh dé sau.

Can nang (kg) | [4;6) | [6;8) | [8;10) | [10;12) | [12;14)

S6 qua mit 6 12 19 9 4
a) C6 mau ctia mau sb lieu la 50. b) Sb6 trung binh ctia mau s6 lieu ghép nhém 1a 8,72.
c) Phuong sai ctia mau s6 lieu ghép nhom 1a 4, 9. d) Do lech chuan clia méu s6 lieu ghép nhom 1a 2,2.

Cau 13. Théng ké tong s6 gio nang trong thang 9 tai mot tram quan trac diat ¢ Ca Mau trong cac nam tir 2002
dén 2021 dugc thong ké nhu sau

111,6 | 134,9 | 130,3 | 134,2 | 140,9 | 109,3 | 154,4 | 156,3 | 116,1 | 96,7
105,2 | 80,8 | 80,8 | 110 | 109 | 139 | 145 | 161 | 126 | 114

a) C3 mau ctia mau s6 ligu la 30.

b) S6 trung binh ctia mau s6 lieu ghép nhom 1a 124,1.
c) Phuong sai ctia mau s6 ligu ghép nhom 1a 566.

d) Do léch chuan ciia mau s6 lieu ghép nhom la 23,795.

Cadu 14. Toc do ciia 20 xe hoi khi di qua mot tram kiém tra téc do (don vi: km/h) dugc thong ké lai nhu sau

42 1434 434 46,5 46,7 46,8 | 47,5 | 47,7 | 48,1 | 48,4
50,8 | 52,1 | 52,7 | 53,9 | 54,8 | 55,6 | 57,5 | 59,6 | 60,3 | 61,1

a) C3 mau ctia mau sb ligu la 20.

b) Khoéang bién thién ctia mau s6 lieu ghép nhém 1a 19.
c) Khoéang tit phan vi ctia mau sb lieu ghép nhom 1a 8,45.
d) Do lech chuan ctia mau s6 lieu 1a 32,2.
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JQ. Phuong sai va dd léch chudn clia méu sé liéu ghép nhdm Khi thanh céng ban néi gi cing didng

y / J J

Cau 15. Bang duéi day thong ké cy li ném ta ctia mot van dong vién.

Culi (m) | [19:19,5) | [19,5;20) | [20;20,5) | [20,5;21) | [21;21,5)
Tén s6 13 45 24 12 6

a) C3 mau ctia mau sb ligu la 105.

b) S6 trung binh ctia mau s6 lieu ghép nhom 1a 20,015.
c) Phuong sai ctia mau s6 ligu ghép nhom la 0,277.

d) Do léch chuan ctia méu s6 lieu ghép nhom 1a 0,277.

Cau tréc nghiém trd 1&i ngén

Cau 16. Mot gidng cay xa cit duge trong tai dia diém A. Nguoi ta thong ke dudng kinh than clia mot sb cay xa
cit 5 nam tudi & bang sau

Dudng kinh (cm) | [30;32) | [32;34) | [34;36) | [36;38) | [38;40)
S6 cay 25 38 20 10 7

Tinh phuong sai ctia mau s6 lieu ghép nhom vé duong kinh ctia than cay xa cit (Iam tron dén hang phan chuc).

Cau 17. Toc do ciia 20 xe hoi khi di qua mot tram kiém tra téc do (don vi km/h) duge thong ke lai nhu sau

\Téc do (km/h) | [42;46) | [46;50) | [50;54) | [54;58) | [58;62)
\ S6 xe 3 7 4 3 3

Tinh do lech chuan ciia mau s6 lieu trén (lam tron két qua dén hang phan tram).
S6 trung binh ctia mau s6 lieu ghép nhom 1a
3-44+47-484+4-52+3-56+ 360

T = = 51,2.
X 20 )

Phuong sai cia mau s6 lieu ghép nhém 1a

1

2
5_20

[3-44% +7-48% +4-52° +3-56° 4+ 3 60°+] — (51,2)* = 26,56.
Do lech chuan clia mau s6 lieu ghép nhém la
S =82 =./26,56 ~ 5,15.

Cau 18. Két qua dicu tra tdng thu nhap trong nam 2024 ctia mot s6 ho gia dinh & thanh phé Nha Trang duge
ghi lai & bang sau

Téng thu nhap (trieu déng) | [200;250) | [250;300) | [300; 350) | [350;400) | [400; 450)
S6 ho gia dinh 24 62 34 21 9

Tinh phuong sai ctia mau s6 lieu trén (lam tron két qua dén hang don vi).

Cau 19. Mbi ngay anh A déu di bo dé ren luyén sitc khée. Quang dudng di bo mdi ngay (don vi km) ciia anh A
trong 20 ngay dugc thong ké lai 6 bang sau

Quang duong (k) | 2,7:3,0) | (3,0:3,3) | [3,3:3.6) | [3.6:39) | [3.9:4,2)
S6 ngay 3 6 5 4 2

Tinh phuong sai ctia mau s6 lieu trén (lam tron két qua dén hang phan chuc).

Cau 20. Ban Tung rat thich béng da hién dai. Thoi gian tap béng mdi ngay trong thoi gian gan day ctia ban
duge thong ké lai & bang sau

Thai gian (phut) | [20;25) | [25;30) | [30;35) | [35;40) | [40;45)
S6 ngay 6 6 4 1 1
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J Phain 3. CAC & BPAC TRUNG DO MUC BO PHAN TAN CUA MAU SO LIEU GHEP NHOM

Khi thanh céng ban ndi gi ciing ddng

Tinh phuong sai ciia mau s6 lieu trén (lam tron dén hang phan chuc).

y / J J

Cau 21. Mot béc tai xé thong ké lai do dai quang duong (don vi km) béac da lai xe mdi ngay trong mot thang &

bang sau

Do dai quang duo

¢ A auans SRS 150, 100) | [100; 150) | [150;200) | [2005250) | [250; 300)
(km)
S6 ngay 5 10 9 4 2

Tinh do lech chuan ciia miu s6 liu (lam tron dén hang phan chuc).

Cau 22. Dya vao bang tan s6 mau s6 lisu ghép nhém sau, tim phuong sai ctia mau s6 liéu.

71/215 ’

Nhom | [30; 40)

40; 50)

[50; 60)

[60; 70) | [70; 80)

[80;90)

Tan sb 2

10

16

8

2

2

KQ:
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y Khi thanh céng ban ndi gi cing ddng

y / J J

S 7 T
NGUYEN HAM VA TiCH PHAN

NGUYEN HAM

g
A-DE 1

n Cau tréc nghiém nhiéu phuong én lva chon

Cau 1. Ho tat cd cac nguyén ham ctia ham s6 f(z) = €7 1a
1
@65””1115. 5659”—1—0. ©5e5x+0. @e5””.

Cau 2. Nguyén ham F(z) cia ham s6 f(z) = e” — 3e™® thoa man F(0) =4 1a

(A) F(z) = e* — 3¢, F(a;) =e” + 3e 27, @F(x) =e" +3e7". @F(:c) =e"+3e "+ 4.

~ . 1

Cau 3. Biet F'(z) la mot nguyen ham ctia f(z) = — 1 va F(2) = 1. Tinh F(3).
1

(A F(3)=In2—1. B)F(3) =In2+1. @F(3):§. @F(S):g.

Cédu 4. Ho tat cd cac nguyén ham clia ham s6 f(z) = 22%-3% . 7% la
2

~ P P 2

Cau 5. Ho tat ca cac nguyén ham ctia ham s6 f(z) = % trén khoang (—3;+00) la
x
2 2 2

@%+21n(x+3)+0. B)z +2In(z +3) + C. ©%+ln(:v+3)+0. @%—2ln(x+3)+0.

~ £ 1
Cau 6. Ho nguyén ham cta ham so f(x) = 922 3011 1a

1 z—1 1 T+ 2

@/f($)d:r—§ln y— +C. /f(m)dm—glnx_l‘—i-C’.

z—1 T —
@/f(x)dw nx_0,5‘+0 @/f(x)dx n2x_1’+0
Cau 7. Biét /(2Sinx + cosx)? dz = asin 2z — cos 2z + bz + C, v6i a,b € Q. Tinh a? + b2
17 109 17 109
T ® i 6
Cau 8. Cho ham s6 f(x) thdéa man dong thoi cac diéu kien f/(x) = z +sinz va f(0) = 1. Tim f(z).
2 2
@f(x):%+cosa:. f(:v):%—cos:v—z
72 2 1

@f(m)z;—cosx-l—l @f(x):?-l—cosx-l—g.

A 3 . A . (T V2
Cau 9. Mot nguyén ham F'(x) ctia ham s6 f(z) = sinz + p—p théa mén F (Z) = la

@—cosx—i—tanx—i—C. —cosm+tanx—\/§+1.

@cosm—l—tan:c—i—ﬂ—l. @—cosx%—tan:z:—i—ﬁ—l.

A [Fe N ~ ~ N 2 N £ 1+2‘T2 2 ~ 2 . N
Cau 10. Biét F(z) la mot nguyén ham cta ham s6 f(z) = . thoa man F'(—1) = 3. Khang dinh nao sau
day dang?

@F(:v):ln|3:|—|—x—|—2. F(:L‘):ln|:v|—|—x2—2.
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J Phdn 4. NGUYEN HAM VA TICH PHAN Khi thanh cong ban ndi gi cting dung

y / J J

@F(x):1n|aj|+2w2+1. @F(:L‘)zln|x|+x2—|—2.
Cau 11. Cho ham s6 f(z) ¢6 dao ham f/(x) lién tuc va ¢6 mot nguyén ham la ham s6 F(z). Tim nguyén ham

I_/[2f(m)—|—f’(x)+1] da.

(A1 =2F(x)+ f(z)+z+C. B)I =2F(z) +zf(z) + C.

(©1=22F(z)+ f(z) +x+1. (D)1 =2zF(z) + f(z) +x+ C.
Cau 12. Cho ham sb f(z) = sinl%:' Néu F(z) la mot nguyén ham ctia ham s6 f(z) va do thi ham s6 F(z) di
qua diém M (%, O) thi F(x) la

@—?—i—cotw. —\/§+cotx. @\/g—cotx. @?—cotm.

B3 cau trdc nghiém diing sai

Cau 13. Biét F(x) = 23 — 322 + 22 13 mot nguyén ham ctia ham s6 f(z) trén R.
a) F(1)=0.

b) /F(:L‘)d:v = 32?2 — 62 + 2.

c) f(z)=3z2—6x+2.
d) Néu G(z) ciing la mot nguyen ham ctia ham s6 f(z) tren R thi F(z) = G(x).

~ £ 2¢ — 5
Cau 14. Cho ham s6 f(x) xac dinh tren R\ {1;4} ¢6 f'(x) = #1‘4—4 théa man f(3) =1—1n2.
) 1 1
/ _ 9 / _
c) f(z)=In|lz—1|+Injr —4|+1—2In2. d) Gia tri f(2) bang 1+ In2.

Cau 15. Cho F(z) = mz? + (3m + 2)x? — 4z + 3 14 mot nguyen ham clia f(z) = 322 + 10z — 4.
a) Hai ham s6 F(z) va f(z) déu c6 nguyeén ham véi moi gid tri ciia m.
b) Mot nguyén ham ctia f(x) la 23 + 1022 — 4.
c) Dé ham s6 F(z) 1a mot nguyén ham ctia ham s6 f(x) thi m = 1.
d) Phuong trinh F(z) = —4 c6 ba nghiém phan biét.

Cau 16.
Mot vat chuyén dong trong 4 gid véi van téc v (km/h) phu thuoc thsi gian ¢ (h) c6 v

do thi ctia van toc nhu hinh bén. Trong khoang thai gian 3 gis ké twr khi bat dau I

chuyen dong, do thi d6 1a mot phan ctia parabol c¢6 dinh I (2;9) v6i truc doi xing 9 :

song song véi truc tung, khoang thoi gian con lai do thi la mét doan thang song song \

v6i truc hoanh. :
|
| | |
| | |
| | |
| | |
| | |
I I I
| | |
| | |
[} [} [}
| | |
| | |
| | |
| | |
| | |
| | |
| | |
| | |
| | |
[} [} [}
[} [} [}
| | |

O 2 3 4 t

a) Van toc l6n nhat ciia chuyén dong 14 9 (km/h).
9
b) v(t) = _Zt2 +9t, v6i 0 < t < 3.
27
c) v(t) = Zt’ voi 3 <t <4
d) Quéang duong vat di chuyeén duge trong 4 gid 1a 27 km.
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J 1. Nguyén ham Khi thanh céng ban ndi gi cing ddng

y / J J

Cédu tréc nghiém trd 18i ngén

Cau 17. Cho ham s6 f(z) théa man f'(z) = 27 + cosz va f(0) = 25. Tinh f(1). (Két qua lam tron dén hang
phan mudi). KQ:

Céu 18. Cho biét / ;lx +1
X

b 3 .
3 dr = azx — 3 In(2x+3)+ C véi x € <—§; +oo) (a, b la cac so6 nguyén duong). Tinh

2a — b. KQ:

Cau 19. Goi F(z) = (ax? + bx + c)e” 1a mot nguyen ham ciia ham s6 f(x) = (x — 1)%e®. Tinh S = a + 2b + c.
KQ:

Cadu 20. Mot vat chuyén dong cé gia toc 1a a (t) = 3t2 +t (m/s?). Biét ring van téc ban dau ciia vat 1a 2 m/s.

Van toc ctia vat dé sau 4 giay 1a bao nhiéu (m/s)? KQ:

Cau 21. Cho ham s6 f(x) c6 dao ham lién tuc trén [1;4] théa man f(1) = 2 va f(z) = 2° + 1 — xf'(z). Tinh
f(4) (Két qua lam tron dén hang phan mudi). KQ:

Cau 22. Cho ham s6 y = f(z) c6 dao ham lién tuc trén [1;2] théa man f(1) = 4 va f(z) = xf'(z) — 223 — 322.
Tinh f(2). KQ:
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J Phdn 4. NGUYEN HAM VA TICH PHAN Khi thanh cong ban ndi gi cting dung

AL =

n Cau tréc nghiém nhiéu phuong én lwa chon

Cau 1. Cho F(z) la nguyén ham cta ham s6 f(x) = sin (g - :1:) Khi d6 F'(z) bang
@cos (g—m> (B)sinz. @—cos (g—az) @cosm.

Cau 2. Ho nguyén ham ciia ham s6 f(z) = 2z + % 1a

3 3 3

@x2—E+C. 1:24—;—1—0. ©$2+31n$2+0. @x2+§ln|$2|+0.
~ £ 1 .

Cau 3. Cho F(z) la mot nguyén ham cia ham s6 f(x) = - va thoa man F (e?) = 3. Khi d6 F(x) bing
(A)In |z| + 5. ln\:c|+1. @ln]aj\—k?). @ln\x]—l.

~ 1 .
Cau 4. /— dx bang

14 cos2z
@%tanaz-}-C. 2tan:v-|—C. @%taan-l—C. @2tan2x+0.
Cau 5. /(e%-l-l) dz béang
! 1
@—@-I-a:-l-a ln(e3x)+$+0. @—e%+$+c‘ @gln(e‘?’f"’)-l-x-l-c.

Cau 6. Cho F(z) 13 mot nguyén ham ctia ham s6 f(x) = e*® va théa man F(In2) = 5. Khi d6 F(z) bing

@ %ez"" + 4. 2e2x + 1. @ %eh + 3. @262z - 3.

1 1 3 2
@x—%—i-(}’. x—mﬂLC. @x—ix\/ﬁ—i-C. @x—gzc\/f—i-C’.
1 X
S ST
Vr+9—x

Cau 8. Mot nguyén ham cua f(x)

2 2 3 o3
@B[W—\/ﬁ] 2—7[\/(“9) V).

© - [VE+97 + V&),

@ 2
3 [\/(x+9)3+\/ﬁ].

~ . 3
Cau 9. Ho nguyén ham ctia ham 0 f(z) = —-— 1a
3 cos” 2z 3
@5(1+tan2x)+C. 6(1+tan2x)—|—C. @6(1+tan22$)+0. @5(1+tan22x)-|—0.

Cau 10. Cho F(r) 1a mot nguyén ham f(z) = sinxz — cosz va théa F <%) = 0. Khi d6 F(z) bang

2 2
@—cosx—sinx—i-\/i —cosx—sinx—k\/—_. @cosx—sinx—i-\/i @cosw—sinx%—\/?_.

2
Cau 11. Ham s6 nao dudi day c6 mot nguyén ham la F(z) = In (x +V1+ x2)?
1 T
x) =xzv1+ 22 T) = ——. x) = . z) =1+ a2

@ fw) =2V ®)f@) = == ©f@) = == ONOESY
Cau 12. Cho F(z) va G(z) 1an lugt 1a nguyén ham ctia ham s6 f(z) = cos? x va g(x) = sin? z. Khi d6 F(x) —G(x)
bang

1
@28iﬂ2x+0. 2cos2x+C. @cos2x+C. @§sin2ﬂc—|—0.

B} cau tréc nghiém diing sai

2
Cau 13. Cho ham s6 f(z) = (sin% + cos g) :
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J 1. Nguyén ham Khi thanh céng ban ndi gi cing ddng

y / J J

a) f(z) =1+ cosuz.
b) f(z) lién tuc trén R.

c) /f(:c)d:v =z —sinz + C.
d) F(z)1a mot nguyén ham cia f(z) théa man F(0) = 1. Khi d6 F(x) = = — cosz + 2.

~ . 4
Cau 14. Cho F(z) 1a mot nguyén ham ctia ham s6 f(z) = e® — - trong R\ {0} théa man F(2) = 2.
4

a) F’(m):ew—g. b) f/(z) =e” + In|z|.
c) F(z)=e¢® —4In|z| —e? +4In2. d) Phuong trinh F(z) = e ¢6 nghiém duy nhét.
~ £ 1 2

Cau 15. Cho ham s6 f(z) xac dinh trén R\ {5}, thoa f' (z) = T’ fO)y=1va f(1)=2.

a) f(r)=In|2z—-1/+C véi C € R.

b) f(x):ln(l—Qx)—i—lVa;;é%.

c) Gi4 tri ctia bidu thitc f (—1) + f (3) bing 3 + In 15.
d) Véix > % thi /ef(x)da::2(a:2—w)+0.

Cau 16. Mot van dong vien dien kinh chay véi gia toc a(t) = —itz; + %ﬁ (m/s?), trong do6 t 1a khodng thoi
gian tinh tir lic xuat phat.
a) Van toc clia van dong vién duge tinh theo cong thic v(t) = —%t‘l + %t?’ + 3t m/s.
b) Van tbc clia van dong vien tai giay thid 5 1a 6,51 (m/s).
¢) Quéang dudng chay duge ctia van dong vién sau thoi gian ¢ giay duge tinh theo cong thic S(t) = —&ﬁ +
)
%# (m).

d) Sau 4 giay thi van dong vién chay dugc quang duong 1a 6,2 m.

Cau tréc nghiém trd 1&i ngén

Cau 17. Cho F(z) = (ax + 2b)e® (a,b € R) 1a mot nguyen ham clia ham s6 f(z) = (z + 5)e”. Tinh gid tri cta
a? + 202, KQ:

~ P 1
Cau 18. Cho ham s6 f(z) xac dinh trén R \ {1} théa man f'(z) = T f(0) =2, f(4) = 3. Tinh gia tri cia
biéu thic f(—2) + f(2). KQ:

~ 2 . Z 3 . Z NS Z X > <
Cau 19. Mot vat chuyen dong co gia toc la a (t) = P (m/s?). Biét ring van tdc ban dau ctia vat 1a 6 m/s. Van

toc clia vat d6 sau 5 giay 1a bao nhieu m/s? (Iam tron két qua dén hang phan mudi)?  KQ:

2x + 3
ex

Cau 20. Biét / dz = (ax +b)e™* 4+ C (v6i a, b € R). Tinh gia tri cta a —2b.  KQ:

Cau 21. Cho F(x) la mot nguyén ham ctia ham s6 f(z) = cos 2z va thdéa man F(7r) = 1. Phuong trinh F(z) =1

6 tat ca bao nhiéu nghiém trong doan [0; 37]? KQ:

A z 1 Z . .
Cau 22. Cho F(z) la mot nguyén ham ctia ham s6 f(z) = — va thdéa man F (1) = —1. Co6 tat cd bao nhiéu gia
x
1
F(x)+1

tri clia o dé 2F(x) = 17 KQ:
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J Phén 4. NGUYEN HAM VA TICH PHAN Khi thanh cong ban ndi gi cting ding

y / J J

TICH PHAN

8
A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Khéng dinh nao sau day sai?
b

@/ ) + gz dx—/f dx—i—/()d. /bf(x)dx:/bf(x)dx+/cf(x)dx

a

b b

@/f dw—/f © [ sw)ds= [ roar
Cau 2. Cho hai s6 thyc a, b tuy §, F(x) 1a mot nguyén ham ctia ham s6 f(x) trén tap R. Ménh dé nao dudi day
1a ding?
a ungb )

® [ f@)do = 10 - f(a). / f(@)de = P(b) - F(a).

ab
© [ f@)ds = Fla) - FO) @/f F(b) + Fla).

Cau 3. Cho ham s6 f(x) c¢6 dao ham lién tuc trén doan [a;b] va f(a) = =2, f(b) = —4. Tinh T = /f’(:z:) dz.

AT = —6. BT =2. ©T =6. @T:—Qa.

3
Céu 4. Tinh tich phan [ = / dz
T +
0

4581 21
@I:m. B = log—. ©1= ln—. @I:-m.

™

Cau 5. Tinh tich phan / sin 3z dx.
0

1 1 2 2
@—5- g- @‘g- @g-
1
. o 1
Cau 6. Tinh I = / <2x—|—1 +3\/5> dx.
0

)2+ 1In V3. (B)4+1In3. (€©)2+1n3. (D)1 +Inv3.

3e

~ 2 1
Cdu 7. S6 nghiém nguyén am ciia phuong trinh 23 — ax + 2 = 0 v6i a = / —dx 1a
x
1
A)0. B)1. (©2. (D)3.
322 khi0 <z <1
4—xkhil<zx<2

;' ®)1. @g- )

2
Cau 8. Cho ham s6 y = f(x) = { . Tinh tich phan /f(:z:) dz
0

| W

2018
Cau 9. Tich phan [ = / 27 dz bang
0
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y 2. Tich phan

Khi thanh céng ban ndi gi cing ddng

y / J J

2018 22018 —1 22018 2018
2 — 1. _ 2 .
@ In2 In2 @
Cau 10. Tich phan I = / bang
sin?
I

™ s s T T T
cot — + cot —. —cot — + cot —. —cot — — cot —.

9 3 4 @ 3 4 @ 3 4

Cau 11. Mot dam vi triing tai ngay thit ¢ ¢ s6 lugng N (t), biét rang toc do phat trién ctia vi trimg 1a N'(t) =
7000

@cotz — cot =
3

Z.

va lic dau dam vi tring ¢6 300000 con. Sau 10 ngay, dam vi tring c6 khoang bao nhiéu con (Iam tron dén

chit s6 hang don vi)?

(A) 302542 con. (B) 322542 con. (€)312542 con. (D)332542 con.

Cau 12. Mot ngudi 1ai xe 6 t0 dang chay v6i van toc 20 m/s thi ngudi 1ai xe phéat hién c6 hang rao ngin duong
& phia trude cach 45 m (tinh tit vi tri dau xe dén hang rao) vi vay, ngudi l4i xe dap phanh. Tit thai diém d6 xe
chuyén dong cham dan déu véi van toc v(t) = —5t + 20 m/s, trong d6 t 14 khoang thsi gian tinh bang giay, ké tit
lac bt dau dap phanh. Héi tit lic dap phanh dén khi ding hén, xe 6 t6 con cach hang rao ngin cach bao nhiéu

mét (tinh tu vi tri dau xe dén hang rao)?

@Sm. 4m.

B} cau tréc nghiém diing sai

1
Céu 1. Tich phan I = / <
A
0

1 1
)/x’“’ :/(1+5L‘dx
0 0

c) I=1-In2.

b
Cau 2. Cho tich phan I = / z? + 1)

b
=/m2dx+/dx.

b

a) I:/(gc2

a

—b3+b

@6 m. @3 m.

[

d) Biéu thitc e/ =

1
r+1

) o

=~

b) I = (ac3+:v)|z.

4
d) Voia=0b=1thl=g.

c) I = 3 3a —a.
1 -1
Cau 3. Cho hai tich phan I; :/(w4+2x3) dz, Is :/(x2—|—3x) dx.
—1 —2
13 L 12
I = - b) I =——. P=—=—. 1 I =—
a) 1 ) 2 6 C) A =65 d)51—|—62
2 .
A . —— khi0<z<1
Caud. Chohamsoy = f(x)=¢z+1
20 —1 khil <z <3.
1 1 3 1 )
a) Tich phan/f(x)dx:/$+1dx. b) Tich phan/f /:B-i—l
0 0 2 0
3 3
c) Tich phan/f(:p) dz = 6. d) Tich phén/f(a:)dx=6+ln4.
1 0
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J Phdin 4. NGUYEN HAM VA TICH PHAN Khi thanh cong ban ndi gi cting ding

y / J J

Cédu tréc nghiém trd 18i ngén

cos 2x

Cau 1. Cho tich phan / =a+br v6ia,b € Q. Tinh P =1+ a® + b2 KQ:
1+ sma:
0
1
Cﬁuz. ChoI:/md$:(a—b)ln2+bln3 Tinha+b KQ
0
Cau 3. Tim sb thyc duong m dé tich phan / (z— xz) dx c6 gia tri 16n nhat. KQ:
0

Cau 4. Tai mot noi khong c6 gi6, mot chiée khi cau dang ding yen & do cao 162 (m) so véi mat dat da duge phi
cong cai dat cho né ché do chuyén dong di xubng. Biét ring, khi cau da chuyén dong theo phuong thing ding
v6i van toc tuan theo quy luat v(t) = 10t — 2, trong d6 ¢ (phiat) la thsi gian tinh tit lic bat dau chuyén dong,
v(t) dugc tinh theo don vi mét/phit (m/p). Néu nhu vay thi khi bat dau tiép dat van toc v clia khi cau bang bao
nhiéu m/p? KQ:

Cau 5. Goi h(t) cm 1a mitc nuée trong bon chita sau khi bom duge ¢ giay. Biét rang toc do ting gidm ciia muc
1 < N N
nude la b/ (t) = 5\3/t + 8 (cm/s) va lac dau bon khong c¢6 nuée. Tim miic nuée 6 bon (don vi: cm) sau khi bom

nuée duge 6 giay (Iam tron dén chit s6 hang phan tram). KQ:

Cau 6. Mot vat chuyén dong véi van tdc tang lien tuc duge biéu thi bing do thi 1a duong cong parabol ¢ hinh
bén duéi.

50 -------5

0] 10 t(s)

Biét rang sau 10s thi vat d6 dat dén van tdc cao nhat va bat dau gidm tdc. Hoi tit lae bat dau dén lac dat van toc cao
nhat thi vat d6 di duge quang dudng bao nhiéu mét (lam tron dén chit s6 hang don vi)? KQ:
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y 2. Tich phan

B-DE 2

“ Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Tinh tich phan I =

2
/220241‘(11,‘
4048 0 4048 4048
24048 _ 1 24048 _ 1 24048 _ 1
I= =~ e ——
@ 2024 20241n2 © In2
2
Cau 2. Tich phan / z® —2) dz bing
2 ’ 2 4
Ok ®-5 ©3
2
Céu 3. Tinh tich phan [ = / v
1
(A)I=2In2. (B)I=1+1In2. (©I=1-In2.
2 2 2
Cau 4. Néu /f(x) dr =3 va /g(w = —3 thi / — 2¢(w)] dz béng
0 0 0
A)o9. -9.

(©-3.

2 4
Cau 5. Biét /f )dx =1, tmh/ f (W

1
AT =2

éﬂH

®

1
@I—§

Cau 6. Cho hai ham s6 f(z), g(z) xac dinh va lién tuc trén doan [0; 1], thoéa méan

1
/ -9, ) + 5g(x
0

e

B)I=- ©r1=2

2

Cau 7. Tinh tich phan ’

N u =
z? cos 2z dz bing cach dat {

dv = cos2x dz

1 iy
G I = §x2 sin 2x

/ﬂ

0

1 L
I =—-x%sin2
@ 5% sin2z

+2/:Usin2mdx.
0

0
1 T
I=-2%sin2
@ stmx

™

— /xsin 2x dzx.
0

0

0

1 ’TI'
D)1= 527 sin 2z

-2
0

~ P z khiz>1
Cau 8. Cho ham so f(z) = {

2
) khix<1'Tinh tich phén[z/f(x)da;
0
®1="> B =4 ©r1="2
2 2
/ 1
Cﬁu 9. Tich phan /mdfﬂ b?mg
0

80/215 ’

Khi thanh céng ban ndi gi cing ddng

y / J J

24048

20241n2

®r-

(D)3.

D)1 =4.

T = 2.

D)1 =-2.

. Ménh dé nao dudi day dang?

™

+ /xsin 2z dx.
0

™

/ x sin 2z dzx.

0

D)1 =2
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J Phdn 4. NGUYEN HAM VA TICH PHAN Khi thanh cong ban ndi gi cting dung

y J/ J J
@2 B)3. ©2. D)/5.

1
Céu 10. Tich phan I = / (z —
0

5 dx = alnb + ¢, trong d6 a;b; ¢ 1a cac sé nguyen. Tinh gia tri ctia biéu thic
x

a+b+c?
B2 (B)3. (©o. (D)1.

Cau 11. Biét
° / z+1) \/_—l—x\/x——i—l
1

B P =42. (B) P = 46. ©P=44. (D) P = 48.

Cau12. Cho ham s6 f(z) > 0 lien tuc vd ¢6 dao ham tren [0;1] va théa méan
1

= a—Vb—+/c véia, b, ¢ 1a cac s6 nguyen duong. Tinh P = a+b+c.

1+2018/f(t) dt = f?(z). Tinh/f(x)dx

0 0
1017 2013 2015 1011
2 ® 2 2 2
B3 cau trdc nghiém diing sai

Cau 13. Hay xét tinh ding sai clia cic ménh dé sau
1

4
a) I—/2$+1dx—2ln3.

0

1
9 ae? +b .
b) Gia sﬁ’/e Tdx = 5 , VOi a, b 1a cac s6 nguyén. Khi d6 a +b = 0.
0

£ 5 15
¢) Cho ham s6 f(z) lién tuc trén R théa mén /f(;z:) dz = 7 Khi dé /f <§> dz = 5
£ s in 2 £
d) Biét rang /w der =a + Z, v6i a, b 1a cac s6 hitu ti. Khi d6 a +b = 2..
1+sinx b

0
Cau 14. Xét tinh ding sai cia cac ménh dé sau

4 4 4
a) Néu /_1 f(z)dx = 2 va /_1 g(z)dz = 3 thi / [f(z) + g(z)]dz = 6.

-1
4
/\/25—952 ln<5\/6+12
X

dz = a+0b-v6+
T a c 5V — 12

b) Cho ) +d-In2 vé6i a, b, ¢, d 1a cac s6 hitu ti. Khi d6

3

c) Néu /f(2x)d:c=8th1 ) — 2z]dz = 12..

o\w

V2r —
d) Biét
20+ 3vV2x —1+1

a+b+c+d=5..

dr = a +bln2+ cln3 + dInb Vvé6i a, b, ¢, d 1a cac sd nguyén. Khi d6 S =

Cau 15. Xét tinh ding sai cia cac ménh dé sau
5

2 d
a) Néu/ i =1Inc véice Qthic=3.
2z -1
1

cos? tdt.
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1
b) Néu dit z = sint thi / 1—a22dr =
0




yz. Tich phan Khi thanh céng ban ndi gi cing ddng

y / J J

S

1
c) Biét tinh phan /a: V1—xdr = N 14 phan s6 tdi gidn. Khi d6 M + N = 35.
0

2

d) Tich phan / (sin vz — cosv/z) dz = A+ Br. Khi d6 A+ B = 6.
0

Cau 16. Xét tinh ding sai cia cac ménh dé sau
2 5 5

a) Biét [ f(z)dz =6, [ f(x)dz=1,khid6 [ = | f(z)dx =
[ /

N

2 4 4
b) Cho/f(u)d a/ dv =18. Khi d6 I = / dr =14 —3In2.
1 2

c) I:/xlnxdx—
1

d) Cho ham s6 f lien tuc, f(x) > —1, f(0) = 0 va thoa f'(x)vVa2 + 1 = 2z+/f(x) + 1. Khi d6 f(1/3) = 6.

—1—1

Cau tréc nghiém trd 1&i ngén
Cau 17. Mot 6 to dang chay véi toc do 10 m/s thi ngudi 14i dap phanh, tir thoi diém dé 6 t6 chuyén dong cham
dan déu véi van téc v(t) = —5t + 10 m/s, trong dé t 1a khoang thdi gian tinh bing gidy, ké tir lic bat dau dap
phanh. Héi tit lac dap phanh dén khi ditng hin, 6 to con di chuyén bao nhiéu mét? KQ:

5 1
Cau 18. Cho ham s6 f(x) lien tuc trén R va / f(z)dz =2025. Tinh I = /f 3z +2) dz. KQ:
2 0

2
Cau 19. Cho ham s6 f(z) ¢6 dao ham lien tuc tren [1;2], c6 f(2 va / f@) dz=6. Khi d6 I =
T
1

/f’(a:)lnzd$:alnb—c. Timh T =a+b+c. KQ:

Cau 20. Cho ham s6 f(z) lien tuc tren R. Goi F(x),G (x) la hai nguyén ham cia f(z) tréen R thoa méan

F(2)+G(2)=2va F(0)+G(0)=-2. Khldo/f d:v béang KQ:
1 (In?
Cau 21. Cho ham s6 f(x) lien tuc trén R va thdéa man /tanas f(cos’z)dz = 2; /f n" ) = 2. Khi d6
0
/ 2
/ f(2z) dx c6 gia tri bang bao nhiéu? KQ:
x
1
1
Cau22. Cho ham sb6 vy = f(x) xdc  dinh  trén [0; g} thod  man

an

f(z) dz bang KQ:

o\wlﬁ
| —
—
|
:
&H
—
&
N—
&.
=]
—~
&
|
3
N
| I
Q.
&
Il
o
S —in
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J Phdin 4. NGUYEN HAM VA TICH PHAN Khi thanh cong ban ndi gi cting ding

y / 7 7
UNG DUNG HINH HOC CUA TiCH PHAN

S
A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho ham s6 y = f(z) lién tuc trén doan [a;b]. Viét cong thiic tinh dien tich S clia hinh phang gidi han
bdi do thi ham s6 da cho, truc hoanh va hai duong thang z = a, * = b (a < b).
b

B s = /b /()] da. ®S = / [f ()2 da ©s = / /()] da @s = /b f(z)da.
a b a

a
Cau 2. Trong khong gian Oxyz, vat thé (H) giéi han bdi hai mit phing c6 phuong trinh x = a v x = b v6i
a < b. Goi S(z) 1 dién tich thiét dien ctia (H) bi cit bdi mit phing vudng géc véi truc Oz tai diém c6 hoanh do
& z v6i a < x < b. Gia st ham s6 S(x) lién tuc trén doan [a; b]. Khi d6, thé tich V clia vat thé (H) dugc tinh béi

cong thitc
b b b b
@Vzﬂ/S(@’)dx. V:/S(az)dx. @V:/SQ(x)d:z:. @V:W/Sz(m)dx.
Cau 3.
Cho ham s6 y = f(x) lien tuc trén R va ¢6 do thi nhu hinh vé bén. Goi S 1a dién tich y
hinh phéng dugc gidi han bdi do thi ham s6 y = f(x) va truc hoanh. Khang dinh nao
sau day dang?
0 2 0 2
@/f(:n) de /f(x) dz. —/f(x) da +/f(:c) dz
1 0 1 0
0 2 0 2 o
77 x
@/f(:c) dz + /f(:v) da. @—/f(m) dz — /f(a:) dz. -1 2\
1 0 1 0

Cau 4. Cho hinh phang gigi han bdi dd thi cia ham s6 y = f(x) lién tuc v khong am trén doan [1; 3], truc Oz
va hai dudng thang x = 1, x = 3 quay quanh truc Oz, ta dugc khoi tron xoay. Thé tich ciia khéi tron xoay nay

dugce tinh theo cong thic nao dudi day?
3 3

3 3
@V = /f(x) dz. ®V :/[f(x)]2 de.  ©V-= ﬂ/f(sc) da. o) :ﬂ/[f(sc)]Q du.
1 1 1 1
Cdu 5. Tinh dién tich S hinh phéng giéi han bdi cac dudng y = 222, y = —1, z =0 va = = 1.
@S:%. szg. @szg. @S:‘%W.

Cédu 6. Cho hinh phang (S) giéi han bdi Ox va y = /1 — 22. Thé tich khéi tron xoay khi quay (S) quanh truc
Oz la

3 2 4 3

Cau 7. Tinh thé tich V ctia phan vat thé giéi han bdi hai mat phing x = 1 va « = 3, biét ring khi cit vat thé
bdi mit phing vuong goc véi truc Oz tai diém c6 hoanh do z (1 < x < 3) thi dugc thiét dién 13 mot hinh chit
nhat c¢6 do dai hai canh 13 3z v& V322 — 2.

BV = (324 2V/15)7. V:%. @vz%. D)V = 32 4+ 2V/15.

Cadu 8. Dién tich hinh phéng giéi han bdi cac dudng cong y = x3 — 6x vh y = x° bing

125 16 63 253

T ®3 Chs it
Cau 9. Cho hinh phing gi6i han bdi hai dusng y = 2z — 22 ,y = x. Tinh thé tich khéi tron xoay thu duge khi
quay hinh phéng quanh truc Oz.
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JS. Ung dung hinh hoc cta tich phan Khi thanh céng ban ndi gi cing ddng
® ® 7 © ;
6 5" 5 25

Cau 10.
Cho ham s6 y = f(z) lien tuc tren R. Goi Sp; So 1a dién tich ctia hinh y

, ) 4
phing tuong tng nhit trong hinh vé. Biét S = 4 va $ = o. Tinh 2 ) o)
6 1 s,
I=/f(a:) dz. 5
1 1/ 2 3 W 6

@1:1—31. I:?. @Izg. @I:?, —1

Cau 11.

Cho hinh phéng (H) giéi han bdi cac duong y = f(z) = Vo, y = g(z) = — 2 y
va truc hoanh (nhu hinh vé). Tinh thé tich V ciia khdi tron xoay tao thanh khi
quay hinh (H) quanh truc hoanh.

@vz%ﬂ. vzm?”. ©V = 8. DV = 10

Cau 12.

Mot manh dat hinh chi nhat c¢6 chiéu dai 60 m, chiéu rong 20 m. Ngusi ta mudn trong cd 20 m—

& hai dau ctia manh dat hai hinh bing nhau gi6i han béi hai duong Parabol c6 hai dinh T
cach nhau 40 m (nhu hinh vé bén). Phan con lai clia manh dat ngudi ta 14t gach véi chi

phi 14 200 000 dong/m?2. Tinh téng s6 tién dé lat gach (Iam tron dén hang nghin).

—40 m—>
60 m

(A) 133334000 dong. 186 667 000 ddng. (€)53334000 dong. (D)213 334000 dong.

B3 cau tréc nghiém diing sai

Cau 13.
Cho hai ham 86 y = 42 — 2% vi y = 2 1an lugt c6 do thi (P) va d nhu y r =2
hinh bén.
a) (P) va d cat nhau tai hai diém phan bigt. At oo d

b) Dén tich S; ciia hinh phéng gi6i han bdi (P), truc hoanh va hai
dudng thing z = 0,2 = 2 14 2.

c) Dén tich Sy ctia hinh phéng gi6i han bdi d, truc hoanh vi hai
dudng thing = 0,z =2 1a 3 T S

d) Dién tich S ciia hinh phang giéi han béi (P), d v& hai dudng thang

=0,z=21a —.
X X a3

Cau 14.
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J Phdin 4. NGUYEN HAM VA TICH PHAN Khi thanh cong ban ndi gi cting ding

y / J J

Mot chiée cong c6 hinh dang 1a mot parabol (P) c6 kich thue nhu
hinh vé, biét chidu cao céng bing 4m, AB = 4m. Ngudi ta thiét ké
cta di 14 mot hinh ch@ nhat CDEF (v6i C,F € AB; D, E € (P)),
phan con lai (phan to dam) ding dé trang tri. Biét chi phi dé trang
trf phan t6 dam 14 1000000 dong/m?. Gan he truc toa do Ozy nhu
hinh beén.

a) Parabol di qua diém A(—2;4).
b) Phuong trinh ciia chiéc cdng parabol la y = 2.
. 32

c) Dién tich cong parabol (tinh ludn ca cia di) la 3

d) S6 tién ding dé trang trf nhé nhat 14 4 000000 dong.
Cau 15. Mot thung rugu vang c6 dang khoi tron xoay véi ban kinh mat day va mat & trén 1a 33 cm, ban kinh
mit cit & chinh gitta thiing 1a 43 cm. Chiéu cao ctia thung rugu 13 112 cm, bao gom phan than thiing rugu, hai
dé do thung rugu (mdi dé cao 3 ¢cm) va thing rugu duge ghép tit cac thanh gb soi v6i do day mdi thanh gb la
3 cm (Hinh la). Hinh 1b mo phéng phan bén trong thing rugu c6 dang mot khéi tron xoay tao thanh khi quay
mot phan ctia parabol (P): y = axz? + bx + ¢ quanh truc hoanh (mdi don vi tng véi 10 cm).

B (P)

a) b)
Hinh 1

a) Phan bén trong thung rugu c6 chiéu cao 14 100 cm.
b) He s6 b =0 va ¢ = 20.

1
c) Parabol (P) ¢6 phuong trinh y = —ﬁxQ + 40.

d) Thung rugu do6 chita duge tbi da 425,16 lit rugu (lam tron két qud dén hang phan tram).
Cdu 16. Trén ciia s6 ¢6 dang hinh chit nhat, hoa si thiét ké logo hinh con c& cho mot doanh nghiép kinh doanh
hai san. Logo 14 hinh phing gidi han bdi hai parabol véi cac kich thude duge cho trong hinh bén (don vi trén méi
truc toa do la dm).

)
D
B y=J(z)
2 dm
-5 (0] O 4
E xT
A
3 dm
G y=g(x)
1 dm 4 dm 4 dm
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JS. Ung dung hinh hoc cta tich phan Khi thanh céng ban ndi gi cing ddng

y / J J

4
a) Dién tich logo dugc tinh theo cong thic / |f(x) —g(x)| d.
-5
b) Phuong trinh f(z) = —éajz +2.
ixz + 3.
1854
48

¢) Phuong trinh g(z)

d) Dién tich cta logo la dm?.

Cau trdc nghiém tré 16i ngdn

~ 5 . . -1
Cau 17. Goi S 1a hinh phang gi6i han béi do thi ham s6 (H): y = :1: 1 va cac truc toa do. Tinh dién tich hinh

phéng (S) (Iam tron dén chit s6 thit hai sau dau phay). KQ:

Cau 18. Tinh thé tich ciia khdi tron xoay khi cho hinh phang giéi han bdi duong thing v = 3z + 2 vi do thi
ham s6 y = 222 quay quanh truc Oz (lam tron dén chit s6 thit nhat sau dau phay). KQ:

Cau 19.

Cho vat thé ddy 1a hinh tron c¢6 ban kinh bang 1 (tham khao hinh v&). Khi cat vat
thé bing mit phang vuong goc véi truc Ox tai diém c6 hoanh do z (-1 <z < 1)
thi dugc thiét dien 13 mot tam gidc déu. Tinh thé tich vat thé d6 (1am tron dén chit
s6 dau tién sau dau phay).

/
475
L5500 BEND

L550EREXN

Cau 20.

Mot gia dinh muén lam canh cong (nhu hinh vé). Phan phia trén cdng c6 I
hinh dang 14 mot parabol v6i IH = 2,5 m, phan phia du6i 12 mot hinh chi

nhat kich thuéc canh 13 AD = 4 m, AB = 6 m. Gia sit gia dé lam phan

cong duge t6 mau la 1000000 dong/m? va gia dé lam phan cong phia trén

la 1200000 dong/m?. Sé tién téng cong gia dinh can tra la bao nhicu tricu 1 H B
dong? UL

770770777777777777777777777777777777777|

6 m

KQ:

Cau 21. .

Cho hai ham s6 f(7) = ar3+br?+cr—1va g(x) = d:c2—|—ex+§ véi (a,b,c,d € R).
Biét do thi clia ham s6 y = f(z) v y = g(x) cit nhau tai ba diém c6 hoanh do
lan lugt 14 —3, —1, 2 (tham khao hinh vé bén). Tinh dién tich hinh phang gidi
han bdi hai do thi da cho (lam tron dén chit s6 dau tien sau dau phay).

KQ:
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y / J J

Cau 22.
Mot vat trang tri ¢c6 dang mot khoi tron xoay dude tao thanh khi xoay mién A D
(R) (phan gach chéo trong hinh vé bén) quanh truc AB. Mién (R) dugc gidi

han béi cic canh AB, AD ctia hinh vuéng ABC D va cac cung phan tu clia cac
duong tron ban kinh bing 1 cm véi tam lan lugt 1 trung diém ctia cac canh
BC, AD. Tinh thé tich ctia vat trang tri d6 (don vi cm?), lam tron két qua dén
hang phan mudi.

KQ:
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JS. Ung dung hinh hoc cta tich phan Khi thanh céng ban ndi gi cing ddng

AL

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho ham s6 y = f(z) vd y = g(z) lién tuc trén doan [a;b]. Dién tich S clia hinh phéng gii han bdi do
thi hai ham s6 y = f(x), y = g(z) v& cdc dudng thing x = a, x = b dugc tinh bdi cong thitc
b

b
® 5= [ 1) - g(w)lda. ®5=| /1) gtwas]

b (Z b
©5= [ 1) +g(w)lda. ©5 = [If@lds+ [ lgw)d.

Cau 2. Cho ham s f(z) lién tuc trén doan [a;b]. Goi (H) 1a hinh phang gidi han bdi d6 thi ham s6 y = f(z),
truc hoanh va hai dudng thang x = a, x = b; V 14 thé tich ctia khéi tron xoay tao duge khi quay (H) quanh truc
Oz. Khéng dinh nao sau day ding?

@V:ﬂ/b|f(x)| dz. V:/be(x)dm. @V:ﬂ'/be(x)dx. @V:/b|f(:c)| dz.

Cau 3. Thé tich khdi tron xoay tao duge do hinh phéng giéi han béi cac duong y = 2; y=0;z=1; x =4 quay
quanh truc Oz la

21w 15 21 157

T6 ®% 6 5
Cdu 4. Tinh dién tich S ciia hinh phang gii han bdi cac duong y = 22 — 2 va y = x + 3.

@S:%?. S:? (©)5 = 16. (D)S = 32.

Cau 5. Viét cong thiic tinh thé tich V ctia vat thé nim gitta hai mat phéng x = 0 va z = In4, biét khi cit vat
thé bdi mit phéng vuong goc véi truc hoanh tai diém cé hoanh do x (0 < z < In4), ta dugc thiét dien 1a mot
hinh vudng c6 do dai canh la v/xe®.

In4 In4 In4 In4
BV = /wemdx. V:W/xexdx. @D‘/'zﬁ/(:z:ex)2 dz. @V:/\/azexdx.
0 0 0 0

Cau 6. Tinh thé tich V ctia phan vat thé giéi han bdéi hai mat phing @ = 0 va x = 3, biét ring thiét dien ciia vat
thé bi cit bsi mit phing vuong goc véi truc Ox tai diém c6 hoanh do = (0 < x < 3) 1a mot hinh tron c6 dudng

kinh bing /36 — 3z2.
@vz%. V:841. ©V =8l D)V = 8L

Cdu 7. Hinh phang gisi han bdi cac duong y =23+ 1,y =0, 2 = 0, = 1 ¢6 dién tich bing
5 7 4 3
®° ® CH ®°
Cau 8.

Goi tam giac cong (OAB) 1a hinh phing giéi han bdi do thi cAc ham s6 y = 222, y
y=3—x, y =0 (hinh vé bén). Tinh dién tich S ctia (OAB).

8 4 5 10
@5:3. 5:5. @sz§. @5:?

Cau 9. Dien tich hinh phéng gi6i han bdi hai do thi ham s6 y = 23 — 122 va y = 22 1a
939 979 160 937
@Szﬁ‘ Szﬁ- @S:?‘ @S:7~
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J Phdn 4. NGUYEN HAM VA TICH PHAN Khi thanh cong ban ndi gi cling ding

Cau 10. Cho phan vat thé (3) gisi han bdi hai mit phiang c6 phuong trinh z = 0 vi 2 = 2. Cit phan vat thé
(3) bdi mat phang vuong géc véi truc Ox tai diém c6 hoanh do x (0 < z < 2), ta dugce thiét dién 14 mot tam giac
déu c6 do dai canh bing xv/2 — x. Tinh thé tich V ctia phan vat thé ($).

®v-1 ®v-L2 ©V - 143 DV - V3.

Cau 11. Biét dién tich hinh phing gidi han bdi do thi ham s6 y = 322 + 2max + m? + 1, truc hoanh, truc tung
va dudng thing = = /2 dat gia tri nhé nhat. Méenh dé nao sau day dang?

B)m e (—4;-1). B)m € (3;5). (©m € (0;3). D)m e (—2;1).

Cau 12. Tinh thé tich khéi tron xoay dudc tao bdi phép quay quanh truc Oz ctia hinh phang giéi han bdi cac
duong y = v/z, y = 2 — x va truc hoanh.

3 5T 2

B3 cau trdc nghiém diing sai

~ 2
Cau 13. Cho hinh (H) giéi han béi cac duong y = —, y =0,z =1 vax =4
x
m
P 1
a) SO m thoéa man / —dr =21lae%
x

1
b) Dién tich hinh (H) bing 4 1n 2.
c) Thé tich ctia khdi tron xoay khi quay hinh (H) xung quanh truc hoanh bing 27.
d) Goi x = k la duong thing chia hinh (H) thanh 2 phan cé dién tich bing nhau. Khi d6 k = 1.

Cau 14. Do thi clia ham s6 y = f(z) lien tuc trén doan [—3;5] nhu hinh vé dué6i day (phan cong clia do thi 1a
mot phan ctia Parabol y = az? + bz + ¢).

a) Dién tich tam gidc ODE béng 6.
2 5 N 9
b) Dién tich hinh phiang giéi han bdéi Parabol va dudng thang C'B bang 7

3
c) Gié tricia I = /f(x) dz bang %
~2
d) Goi dién tich tam giac OED la S; va dién tich hinh phéng giéi han bdi phan cong Parabol, truc Oz va
dudng thing z = 1 13 So. Khi d6 35; > 255.

Cau 15.

89/215 ’ B ThS. Nguyén Hoang Vit — @ 0905.193.688 /‘




JS. Ung dung hinh hoc cta tich phan Khi thanh céng ban ndi gi cing ddng

Cho ham 86 y = 2* — 22 +m c¢6 do6 thi Ia (C) cit truc hoanh tai 4 diém phan biét. y
Goi S; 1a dién tich hinh phing gi6i han bdi truc hoanh v& do thi (C) ndm phia trén
truc hoanh, Sy 1 dién tich hinh phéng gigi han béi truc hoanh v phan do thi (C)
nim phia dudi truc hoanh, S 14 dién tich hinh phang giéi han béi truc hoanh va do
thi (C).

a) Khi m =1 thi dién tich S = 1.

b) Khi m = —2 thi dién tich S = %\/5

c) Khi m = 0 thi dién tich S =

1
1

d) Biét rang S; = Sy va gia tri cia m =

T =a%+b* =1321.

Cau 16.
Cho do thi (C):y = f(z) = x. Goi (H) la hinh y
phéng gigi han bdi (C), dudng thing z = 9, truc 3
hoanh. Cho M la diém thuoc (C), A(9;0). Goi V; la — VT
thé tich khéi tron xoay khi cho (H) quay quanh truc 2

Oz, Va5 la thé tich khéi tron xoay khi cho tam giac M
AOM quay quanh truc Oz. 1
(0] A
1 T
_1 H 9
z=9
a) Dien tich hinh phéng giéi han bdi do thi (C), duong thing x = 9 va truc Oy bing S = 16.
81
b) V1 = ?ﬂ'.
c) Goi N(4;2) thuoc (C). Khi dé thé tich khoi tron xoay khi quay tam gidac AON quay xung quanh truc Ox
laV =11nr.

273

d) Dién tich S phan hinh phang gisi han bdi (C) va OM biét V; =2V, 1a S = 16

Cédu tréc nghiém trd 18i ngén

Cau 17. Tinh thé tich V clia vat tron xoay tao thanh khi quay hinh phing (H) giéi han béi cac dudng y = 22;
y = /x quanh truc Oz. (Két qua lam tron dén chit s6 thap phan thit nhat). KQ:

Cadu 18. Tinh dién tich hinh phang gidi han béi dd thi cdc ham s6 y = —22 + 22 vi y = —3x. (K& qua lam tron
dén chit s6 thap phan thit nhat). KQ:

Cau 19. Du khéach ghé tham Binh Dinh khong thé bé qua dia danh Thap Banh It néi tiéng. Thap c6 hai cia,
mdi clta ¢6 hinh dang 14 mot cung Parabol nam cuing mot truc (huéng Dong - Tay). Hai cita cAch nhau 8 mét, c6
chiéu cao 4 mét, 16i di rong 1 mét thong hai cita v6i nhau. Hay tinh thé tich phan khong gian 16i di giéi han giita
hai ctta. (Két qua lam tron dén chit s6 thap phan thit nhat). KQ:

Cau 20.
Trong mit phang toa do Ozy, cho hinh chi nhat (H) c6 mot y
canh nam trén truc hoanh va c6 hai dinh trén mot dudng
chéo 1a A(—1;0) va C (a;+/a), véi a > 0. Biét rang do thi cta
ham s6 y = /z chia hinh (H) thanh hai phan c¢6 dién tich
bang nhau. Tim a.

-1 O 1 2 3 x
kel | [ | ]
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J Ph&n 4. NGUYEN HAM VA TICH PHAN Khi thanh cong ban ndi gi cing ding

y / J J

Cau 21.
Cho parabol (P): y = —2% + 4 cit truc hoanh tai hai diém A, B va y
duong thing d: y = a (0 < a < 4). Xét parabol (P,) di qua A, B va ¢6
dinh thudc dudng thing y = a. Goi S; la dién tich hinh phing gi6i
han béi (P) va d, S 1a dién tich hinh phing gi6i han béi (P) va truc
hoanh. Biét S; = Sy (tham khéo hinh vé bén). Tinh T = a® — 8a® + 48a.

KQ:

f e N

Cau 22.

Mot hoa van trang tri duge tao ra tit mot miéng bia hinh vudng canh bang 10 cm bing
cach khoét di bén phan bang nhau c6 hinh dang parabol nhu hinh vé bén. Biét AB =5
cm, OH = 4 cm. Tinh dién tich ctia bé mit hoa vian d6 (don vi: cm?) (két qua lam tron

dén chit s6 thap phan thit nhat). KQ:
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y Khi thanh céng ban ndi gi cing ddng

y / J J

S i O
PHUONG PHAP TOA DO TRONG KHONG GIAN

o PHUGNG TRINH MAT PHANG TRONG KHONG GIAN
&

A-BE 1

n Cau trdc nghiém nhiéu phuong dan lua chon

Cau 1. Trong khong gian Oxyz, cho mit phang (P): x — 2y + 3z + 1 = 0. Héi véc-to ndo dudi day 1a mot véc-to
phéap tuyén ctia mit phéng (P)?

B (1;-2;3). B)(1;2;3). (©)(-2;3;1). (D) (2; —2;4).

Cadu 2. Trong khong gian Oxyz, cho hai mit phang (P): z—y—22+1=0va (Q): mz+ (3—2m)y+nz+1 = 0.
Khi hai mat phang (P) va (Q) song song véi nhau thi gia tri ctia biéu thiic T = m + n bing

®1. (B)o0. (©)-3. D)5.

Cau 3. Trong khong gian v6i he truc toa do Ozyz, cho mit phing (P): 2z — y — 2z — 1 = 0. Mit phéng (Q) di
qua gbc toa do O va song song véi (P) 1a

B2z +y —22=0. (B)2z —y —22=0. ©2—y—2:+1=0. (D)2z+2y—2=0.
Cadu 4. Trong khong gian Ozyz, mit phang (o) di qua diém A(1;2; —3) va nhan véc-to 7 = (2; —1;3) lam véc-to
phép tuyén c6 phuong trinh 1a

Baz+2y—32+9=0. Bz+2y—32-9=0. (©2r—-y+3249=0. ([D2r—y+32—-9=0.
Cau 5. Trong khong gian Oxyz, diém M (1;—3;2) thudoc mit phang c6 phuong trinh nio sau day?

B2z +y—2+3=0. B)3z—y+2—-2=0. ©2z+y—24+4=0. Dz —2y—2+1=0.
Cadu 6. Trong khong gian Oxyz, cho hai diém A(—1;2;0), B(1;1;3) va mat phang (P): x — 2y + 32z — 5 = 0.
Phuong trinh ctia mat phang di qua hai diém A, B dong thsi vuong goc véi (P) la

@x+2y—|—z—3:0. 2:1:+y—z:0. @w—y—z—i—S:O. @az—i—y—z—l:O.

Cédu 7. Trong khong gian Oxyz, mat phang (P): x + 2y — 2z + 1 = 0 di qua diém nao dudi day?

(B) M(1;2;3). (B)N(1;2;-2). (©) P(—1;2;-3). D)Q(2;—2; 1).
Cau 8. Trong khong gian Oxyz, cho hai diém A(—1;0;2), B(3;2;0). Phuong trinh mat phéng trung tryc cia AB
la

@x+y+z+2:0. 2x—|—y—z+2:0. @x—i—y—i—z—Z:O. @2x+y—z—2:0.

Cau 9. Trong khong gian véi hé truc toa do Oxyz, cho diém M(1;2;3). Goi A, B, C lan lugt 14 hinh chiéu vuong
goc ctia diém M lén cac truc Ox, Oy, Oz. Phuong trinh mit phing (ABC) 1a

TLY L E YL E Ty Lz r_ Y,z _
@T+§+§_1’ 1 tyty=t ©1+2+3_0' @1 p T3l

Cadu 10. Trong khong gian Ozyz, cho diém M (—1;2;0) va mat phing (P): 2o — 2y + z + 1 = 0. Tinh khoang
cach tit diém M dén mat phang (P).

®-: ® GH @s.

Cau 11. Phuong trinh mit phang (P) chita hai diém A(2;1;1); B(3; —2;4) va song song v6i CD, C(—-2;3;1);
D(—3;4;—6) c6 dang (P): 9z + by + cx + d = 0. Gia tri ctia b+ ¢ + d bang

) —19. (B)—18. (©-17. (D) —20.
Cau 12. Mit phéng (P) di qua diém A(2;3; —5) va chita truc Ox ¢6 phuong trinh 13
By = 0. (B)3y — 5z = 0. (©)5y + 32 = 0. D)y —z=0.
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B3 cau tréc nghiém diing sai

Cau 13. Trong khong gian Oxyz, cho mat phang (P): z — 3y + 2z — 3 = 0. Cac khang dinh sau l4 ding hay
sai?
a) ny = (1;—3;2) 1a mot véc-to phap tuyén cia (P).
b) n3 = (—4; 12 —8) 1a mot véc-to phap tuyén cua (P).
c) n3 = (—2;6;—4) khong phéi 13 mot véc-to phap tuyén cta (P).
d) g = (1;—2;3) 1a mot véc-to phap tuyén cia (P).

Cau 14. Trong khong gian Ozyz, cho mit phang (P) di qua ba diém A(1;0;2), B(—1;2;1), C(2;—3;1). Cac
khéng dinh sau la ding hay sai?
a) Mait phang (P) c6 mot cip véc-to chi phuong 1a uq
b) Mat phing (P) = (-
c) Mit phang (P) c6 mot véc-to phap tuyén la 7 = (5;
d) Mat phang (P) = (

a = (— 22 —1) va u3 = (3;=5;0).
5;=3;4).
;35 )

c6 mot véc-to phap tuyén 1a 7 = (10; 6; —8).

c6 mot véc-to phap tuyén 1a n =

Cau 15. Trong khong gian Ozyz, cho hai mat phang (P): 2z —y+32+1=0va (Q): —4z +by+cz+5=0.
Céc khang dinh sau la dang hay sai?

a) (P) ) (Q)<b=2c=—6. b) Ton tai gid tri ctia b va ¢ dé (P) = (Q).

c) Véib=1vac=2th (P) cit (Q). d) Vi b=1vac=3th (P) L (Q).
Cau 16. Trong khong gian v6i hé toa do Ozyz cho hai mit phing (P1) va (P) ¢6 cac vée to phap tuyén lan lugt
1a 17, 3. Goi a 1a goc gitta (Py) va (P,). Xac dinh tinh ding, sai clia cac ménh dé sau:

a) a=(ny;n3). b) a + (n1;n3) = 180°. c) cosa = cos(ng;n3). d) cosa = |cos(ni;n3)]|.

Cau tréc nghiém trd 16i ngén
Cau 17. Trong khong gian Oxyz, cho (P): x —y+ 2 —3 =0 va A(5;6;7). Goi H(a;b;c) 1a hinh chiéu vuong goc
cia A trén (P). Tinh a + 2b + c. KQ:

Cadu 18. Trong khong gian véi hé toa do Ozyz, cho cac diém A(1;0;0), B(0;2;0), C(0;0;m). Dé mat phing
(ABC) hgp v6i mat phang (Oxy) mot goc 60° thi tong cac gia tri ciia m 1a KQ:

Cau 19. Trong khong gian cho hai diém A(2; —2;2), B(4;2; —1) vi mat phang (P): (m+2n)z + (m— 1)y + (n+
2)z — 6 = 0. Goi H la hinh chiéu vuong géc ciia A lén mat phang (P). Khi hai tham s6 m, n thay doi, quy tich
diém H luon cach B mot doan bing /21 la dudong tron cé ban kinh bing bao nhiéu (Iam tron dén hang phan
tram)? KQ:

Cadu 20. Trong khong gian Ozyz, cho hai diém A(1;—1;3), B(3;2;2). Biét ring hai diém A vd B nim khéc phia
so v6i mat phing (a): ax + by + 3z +d = 0, véi a va d 1a nhitng tham s6. Biét ring tong khoang cach tit A va B

dén (a) 16n nhat. Gia tri nguyen duong 16n nhét clia d 1a KQ:

Cau 21. Trong khong gian Ozyz, cho hai diém A(2;4;1), B(—1;1;3) v mit phang (P): 2 — 3y + 2z — 5 = 0.
Mit phing (Q) di qua A, B va vudng goéc v6i (P) c6 phuong trinh dang ax + by +cz +11 = 0. Tong a + b+ ¢
bang KQ:

Cau 22. Trong khong gian Oxyz, cho hai diem A(2;1;0), B(1;2;0) va diém M di dong trén tia Oz. Goi H, K
lan lugt 1 hinh chiéu vuong goc ctia A len OB va M B. Duong thing HK céat truc Oz tai diem N. Khi thé tich
khéi tit dien ABM N nhd nhat thi mit phang (AHK) c¢6 dang ax + by + cz — 4 = 0. Gia tri ctia a + b + ¢ bing

KQ:
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J 1. Phuong tinh mat phding trong khéng gian Khi thanh céng ban ndi gi cing ddng

AL

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Trong khong gian Ozyz, cho mit phang (P) c6 phuong trinh 5z + 3y — 2 + 1 = 0. M3t phang (P) c6 mot
vectos phéap tuyén la

B 7 = (5:3:1). B)7 = (—5;3;1). ©7n = (53 —1). D)7 = (5;—3;—1).
Cadu 2. Trong khong gian Ozyz, cho ba diém A(1;—2;1), B(—1;3;3), C(2; —4;2). Mot vectd phap tuyén 7 ciia
mit phang (ABC) la

B 7 = (9;4; -1). B)7 = (9;4;1). ©) 7 = (4;9;—1). D)7 = (—1;9;4).

Cau 3. Trong khong gian Oxyz, phuong trinh mat phing (P) di qua diém A(—1;2;0) va nhan 7 = (—1;0;2) la
vectd phap tuyén c6 phuong trinh 1a

B —z+2y—5=0. B)—z+22-5=0. ©)-z+2y—5=0. D)—z+2z—1=0.
Cau 4. Trong khong gian Oxyz, cho hai diéem A(—1;0;1), B(—2;1;1). Phuong trinh mit phang trung tryc ciia
doan AB la

Bz —y—2=0. B)z—y+1=0. ©z—y+2=0. D)—z+y+2=0.

Cau 5. Trong khong gian Oxyz, cho hai mit phang («): 3z+(m—1)y+42—2 =0, (8): nz+(m+2)y+22+4 = 0.
Véi gid tri thie ciia m, n biing bao nhieu dé («) song song ().

@m:?);n:fG. m:3;n:6. @m:f?);n:fﬁ. @m:f3;n:6.

Cadu 6. Trong khong gian Ozyz, phuong trinh mit phing (P) di qua diém M (—2;3;1) va song song v6i mit
phéng (Q): z+3y —22z+2=01a

) (Q): 43y —22+5=0. (Q):Jt+3y—2z—5:0.

©(@Q): —2z+3y+z2+2=0. D) (Q): —2x+3y+2—5=0.

Cau 7. Trong khong gian Ozyz, cho ba diém A(3; —2; —2), B(3;2;0), C(0;2;1). Phuong trinh mit phing (ABC)
1a

A4y +22—3=0. (B)3z +2y+1=0. (€2 — 3y + 62 = 0. D)2y +z-3=0.

Cau 8. Trong khong gian Ozyz, cho mit phang («) di qua A(2; —1;4), B(3;2; —1) v& vudéng géc véi mat phang
(Q): © + 1y + 22 — 3 = 0. Phuong trinh mit phing (a) 1a

B)5z+3y—4249=0. Ba+3y—52+21=0. (©z+y+22—-3=0. D)5z + 3y — 42 = 0.
Cau 9. Trong khong gian Oxyz, mat phiang («) di qua diém A(2; —1;5) va vudng goc véi hai mat phing (P): 3z —
2y +2+7=0va (Q): 5z — 4y + 3z + 1 = 0. Phuong trinh mit phing (a) &

B z+2y+2—-5=0. B)2r—4y—2:-10=0. (€)2z+4y+2:+10=0. Dz +2y—2+5=0.
Cau 10. Trong khong gian Oxyz, toa do diém M nim trén truc Oy va cach déu hai mit phing (P): z+y—2z+1 =0
va(Q):rz—y+z—5=01a

(A) M(0; —3;0). (B) M (0;3;0). (©) M(0; —2;0). (D) M (0;2;0).

Cau 11. Trong khong gian Oxyz, phuong trinh mat phang (P) song song v6i mat phang (Q): x+2y—22+1=0
va cach (Q) mot khodng bang 3 1a
@(P): r+2y—22—-8=0.
(B)(P): z + 2y — 22— 10 =0.
@(P): x+2y—224+8=0,(P): x+2y—2z—-10=0.
D)(P): 242y —22—8=0, (P): 2+ 2y — 22+ 10 = 0.
Cau 12. Trong khong gian Ozyz, cho hinh lang tru ABC.A'B'C’ véi A(5;1;3), B(1;2;6), C(5;0;4), A’(4;0;6).
Viét phuong trinh mat phing (A’'B'C").
@x+y+z—9:0. :L‘+y—|—z—10:0. ©x+y+z—8:0. @m+2y+z—10=0.

B3 cau trdc nghiém diing sai

Cau 13. Trong khong gian Oxyz, cho mat phang (P): 3z +2y — 4z +1=0.
a) 1 = (3;2;—4) 1a mot vecto phap tuyén ctia (P).
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b) A(—1;—1;—1) la mot diém nam trén (P).
c) (P) song song v6i mat phang (Q): 6z + 4y + 8z = 0.
d) (P) vudng goc véi mat phang (R): 2z +y — 2+ 3 = 0.

Cau 14. Trong khong gian Oxyz, cho mat phang (P) di qua A(3; —2;5) va c6 vects phap tuyén 7 = (4; —3;2).
a) Phuong trinh mat phang (P) 1a 3z — 2y + 52 — 28 = 0.
b) (P) song song v6i mat phang (Q): 2z + 11y + 8z — 5 = 0.
c) (P) vuong géc véi mit phang (R): x + 2y — 2z + 3 = 0.
d) Khoang cach tit diém B(1;1; —1) dén mat phiang (P) 1a 5.

Cau 15. Trong khong gian Ozyz, cho tit dien ABCD c6 toa do cac dinh A(5;1;3), B(1;6;2), C(5;0;4), D(4;0;6).

a) Phuong trinh mit phang (ACD) 1a 2z +y + 2 — 14 = 0.

. . ) 2v/3
b) Khoang cach tit diém B dén mat phing (ACD) la \3[
c) Phuong trinh mit phang (P) di qua diém A vi song song v6i (BCD) 1a 3z + 2y + 17 = 0.
d) Phuong trinh mit phang (Q) chita canh AB, song song v6i canh C'D 1a 10z + 9y + 52 — 74 = 0.

Cadu 16. Trong khong gian Oxyz, cho hai diém A(1;3; —4) va B(—1;2;2).

5 17
a) Phuong trinh mat phang trung tryc cta doan AB la —2x +y + 6z + 5= 0.

. . 5 .
b) Toa do hinh chiéu vudng goc cua diem M (5;2;—1?)) léen mat phing trung tryc ctia doan AB la

1
H (1; =3 —1).
2
c) Phuong trinh mat phang (Q) di qua hai diém A, B va vudng goéc véi mat phang (R): xz — 3y +22+4=0
la 4 — 2y — 524+ 9 = 0.

d) Phuong trinh mat phéng («) di qua hai diém A, B sao cho khoang cach tit C(2;11; —4) dén («) bing 6 la
1 ) 100
(): x+y+§z—220hoac (): —9x+13y—éz—?:0

Céu tréc nghiém trd 18i ngén

Cadu 17. Trong khong gian Ozyz, phuong trinh mit phang (P) di qua hai diém A(1;2; —2), B(2;4;1) va vuong
goc v6i mat phang (Q): x +3y +2 — 1 = 0 ¢6 dang ax + by + cz — 5 = 0. Gia tri a + b + ¢ bang bao nhieu?

KQ:

Cau 18. Trong khong gian Ozyz, mit phang (P) di qua diém M (1;2;3) va cit truc toa do tai A, B, C (khac
gbc toa do) sao cho M la trong tam tam giac ABC' ¢6 phuong trinh 1a ax + by + ¢z — 18 = 0. Gi4 tri clia abe bang
bao nhiéu? KQ: ‘ | | | ‘

Cau 19. Trong khong gian Ozyz, cho hinh hop ABCD.A'B'C'D'c6 A(1;0;1), B(2;1;2), D(1;—1;1), C'(4;5; —5).

R b .
Chiéu cao ctia hinh hop ABCD.A'B'C'D’ 1a a;[. Gi4 tri clia a - b bang bao nhieu? KQ:

Cau 20. Trong khong gian Ozyz, cho (a): y+22—4=0, (B):x+y—2+3=0, (7): z+y+2—2=0. Phuong
trinh mat phang (P) qua giao tuyén hai mit phiang (o) va (8), dong thsi (P) vudng goc véi mat phing () co
dang ax + by + cz + 13 = 0. Gi4 tri a + b + ¢ bang bao nhiéu? KQ:

Cau 21. Nguoi ta thiét ké mot mai che hinh chit nhat ABCD phia trén san khau. Gan hé truc toa do Ozyz
(don vi trén truc 1 mét), ngudi ta xac dinh duge toa do clia cac diém nhu sau: A(0;0;8), B(0;20;8), D(15;0;14),
C(15;20;14). Mot cong chao hinh chit nhat EFHG v6i toa do diém G(8;0;4) dyng vudng goc véi mat dat. Ngusi
ta mudn lam cac doan day ndi thanh ngang GE v6i mai che dé gdn hoa va dén led. Do dai ngan nhéat ciia mdi
doan day nay bang bao nhieu mét? (lam tron dén chit s6 thap phan thit nhat)
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J 1. Phuong tinh mat phding trong khéng gian Khi thanh céng ban ndi gi cing ddng

y / J J

X
K
K
(X
Kl

14 m

<

KQ:

Cau 22. Hai hoc sinh dang chuyén béng. Ban nit ném béng cho ban nam. Qua béng bay trén khong, léch sang
phai va roi xubng tai vi tri cAch ban nam 3 m, cach ban nit 5 m. Cho biét quj dao clia qua béng nam trong mat
phéng (P) vuong géc véi mat dat. Phuong trinh ciia (P) trong khong gian Oxyz duge mo ta nhu trong hinh vé
c6 dang ax + 3y + cz +d = 0. Gia tri cia a + cd 1a bao nhiéu?

KQ:
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J Phan 5. PHUONG PHAP TOA BO TRONG KHONG GIAN Khi thanh céng ban néi gi ciing dung

y / J J

\9/ PHUONG TRINH PUONG THANG TRONG KHONG GIAN

A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon

r=—-142¢
Cau 1. Trong khong gian Oxyz, duong thing d: {y=2—t  c6 mot véc-to chi phuong la
z =3t
BTy = (2;1;3). B) Wy = (—1;2;0). © W3 = (-1;2;3). D)@y = (2;-1;3).
A ~ . ~ 2 2 2 N 2 xz + 2 y + 1 z — 3 N
Cau 2. Trong khong gian Ozyz, mot véc-td chi phuong ctia duong thing d: T R la
By = (—21;-3). B Ty = (-3;21). ©Ts = (3;-2:1). DT, = (2:1;3).
r=t
Cau 3. Trong khong gian Ozyz, dudng thing d: { y =1 — ¢ di qua diém ndo sau day?
z=2+1
B K(1;-1;1). (B)E(1;1;2). (©) H(1;2;0). (D) F(0;1;2).
~ ~ . N 2 T —2 y—3 z—4 .2 N PR
Cau 4. Trong khong gian Oxyz, dudng thang d: 5 = 5 — 3 di qua diém nao dudi day?
®)Q(3;-2;3). B M(~2—3;—4). © P(2;34). D) N(-3;2-3).

Cédu 5. Trong khong gian Oxyz, cho hai mat phéang (P): z+y—2—-2=0va (Q): z —y — 5 = 0. Dudng thing
(d) song song véi ca hai mit phang (P) va (Q) c¢6 véc-to chi phuong 1a

BT = (-1;-1;1). B = (2-1;1). © = (1;-21). @ = (-1;-1-2).
Cau 6. Trong khong gian Oxyz, cho ba diém khong thang hang A(—1;3;1), B(0;3;2) va C(1;2;2). Dudng thang
(d) vuong géc véi mit phing (ABC) ¢6 véc-to chi phuong 1a

BT = (1;2; -3). B) @ = (1;1;1). ©T = (1;-2;3). D7 =(1;1;-1).
Cau 7. Trong khong gian Oxyz, phuong trinh duong thang di qua hai diém A(1;2;3) va B(5;4; —1) 1a
@me_yf4_z+1 x+1_y+2_z+3
21_ 12_ 23' 43_ 23_ —41‘
r—1 y—2 z- r—3 y—-3 z-
©4_2_4' @—2_—1_2‘
Cau 8. Trong khong gian Ozyz, phuong trinh duong théng d di qua M (4;3;2) va song song véi truc tung la
r=4+1 r=4 r=41 r=4—t
@ y=3 . y=3+t¢. @ y=3 . @ y=3
=292 z =2 z2=2+t z =2

Cdu 9. Trong khong gian Ozyz, phuong trinh dudng thang d di qua A(3;5;7) va song song véi dudng thing
x—1 y—2 z-
d: = = 13

3 4
T =3+2t r=2+3t r=1+3t r=1+2t
B){y=>5+3t. y=3+5t. ©<y=2+5t. D)< y=2+3t.
z =T+ 4t z2=4+ Tt z2=3+Tt z =3+ 4t

Cau 10. Trong khong gian Ozyz, cho tam giac ABC véi A(1;2;3), B(—3;5;7), C(—1;—4;—1). Phuong trinh
dudng thang vuong géc véi mit phiang (ABC) tai trong tam G clia tam gidc ABC' 1a

z—1 y+1 2z+3 zr+1 y—1 2-3

d: = = . d: = = .
o 20 5 23 i 4 53
z—1 y+1 =z+ z+1 y-1 z-

(©)d: = = D)d: = =

Cau 11. Trong khong gian Oxyz, tim dudng thang A nim trong mat phang (P): x + 2y + 2z — 4 = 0 va vuong

r+1 'y z+42

goc v6i dudng thang (d): 5 1= 3 biét A di qua diém M (1;1;1).
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JQ. Phuong tinh dudng thé&ng trong khéng gian Khi thanh céng ban ndi gi cing ddng

y J 4 J
1 —1 —1 -1 1 z-1

5 1 -3
<::>:r —1 Y+ 1 _Z —1 <::>ZE-+ 1 B y—+3 _Z —1
5 -1 2 5 - 1 3

Cau 12. Trong khong gian véi hé toa do Oxyz, cho mat phing (P): 6z — 2y + 2z — 35 = 0 va diém A(—1;3;6).
Goi A’ 13 diém déi xing véi A qua (P). Do dai doan OA’ bing

@) 3/26. ®)5v3. (© V. @) VIS

B3 cau trdc nghiém diing sai

Cau 13. Trong khong gian véi he toa do Oxyz, cho mit phing (P): 2z + y + 32 + 1 = 0 vA dudng thing

r=-3+1
d: {y=2—2t .Xét tinh ding - sai clia cic ménh dé sau.
z=1

a) Duong thing d di qua diém M(—3;2;1).

b) Dudng thing d c6 véc-tc chi phuong o = (1; —2;1).

c) Duong thiang d cit mit phang (P).

d) Duong thing d nim trong mit phang (P).

~ ~ : 2 PN 2 z+1 y+2 z .
Cau 14. Trong khong gian Oxyz, cho diem A(2;—3;1) va dudng thang d: —5 =1 — 3 Xét tinh dung -
sai ctia cac ménh dé sau.

a) Duong thiang d di qua diém A.

b) Dudng thang d c6 véc-to chi phuong @ = (2; —1;2).

c) Hinh chiéu vuong géc clia diém A tréen dudng thang d 1a diém H(1; —3;2).

d) Diém A céch duong thing d mot khoang ngdn nhat bing v/11.

Cau 15. Trong khong gian véi hé toa do Ozyz, cho mit phang (P): x +y + 2z — 3 = 0 vh dudng théng d: % =
y+1  z—
2 -1
a) Duong thang d c6 véc-to chi phuong 1a @ = (1;2;1).
b) Duong thing d vudéng goéc véi mit phang (P).
c) Dudng thing d cit mit phang (P) tai diém M (1;1;1).
1 y—1 =z-1

d) Hinh chiéu ctia d trén (P) c6 phuong trinh la T I = ==

. Xét tinh dung - sai clia cAc ménh dé sau.

-10  y+4 =2-15
7 1 8

Cau 16. Trong khong gian Ozyz, cho diém M(1;1;4), dudng thang d: z
z+1 y—-1 =z

va dudng

thing ds: 3 1 5 Xét tinh ding - sai clia cAc ménh dé sau.
r=-1-3t
a) Phuong trinh tham s6 clia duong thing do 1a { y = 1+ 4t
z =0t

b) Dudng thing d; di qua diém M.
c) Hai duong thang d; va da cit nhau.

d) Duong thing d di qua M, vuong géc v6i di va cit dp c6 phuong trinh I3 * ; = =

Cau tréc nghiém trd 1&i ngén
Cau 17. Trong khong gian Oxyz, cho tam giac ABC véi A(1;2;3), B(—3;5;7), C(—1;—4;—1). Dudng thing

vuong goc v6i mat phang (ABC) c6 vée-ta chi phuong © = (a; —4;b). Tinh a? + b2, KQ:

A . . s 1A " < 2 x—1 y—2 z2—3 < 2
Cau 18. Trong khong gian v6i hé toa do Ozyz, cho dudng thing d: 5 = 3 = 3 va mit phang
(P): mxz + 10y + nz — 11 = 0. Biét réng mat phang (P) luon chia dudng thang d. Tinh gia tri cia m + n.
KQ:
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J Phén 5. PHUONG PHAP TOA O TRONG KHONG GIAN Khi thainh céng ban néi gi cing ding

y / J J

~ . ) 2 -5 -2 )
Cau 19. Trong khong gian Ozyz, cho dudng thang d: a ;— Y 5= : . va mat phang (P): 2z +2z—3=0.
Dudng thang d cat mit phang (P) tai M (xo;yo; 2z0). Tinh 2o + yo + 2o KQ:
Cadu 20. Trong khong gian Oxyz, cho dudng thang d ndm trong (P): x + 2y + 2z — 4 = 0, dong thdi d cit va
r=-14+2¢ )
vuong goc véi dudng thing d': {y =1 . Phuong trinh dudong thing d c6 dang U 1y0 = Z;
a/ —
z==243t
véi a-b+#£ 0. Tinh (zo +10)* + (a — b)>. KQ:
Céau 21. Trong khong gian Oxyz, cho dudng thing d di qua diém A(2; —1;3), vuong géc v6i duong thang d; : % =
-5 2 . . —1 1 —1 2 —
y—l =z +1 va cat dudng thang ds: a 5 = y—;’— _Z 1 Phuong trinh duong thang d c6 dang x 1x0 =
1 _
Yoo 2750 6imn #0. Tinh (zo 4 20)% + (m +n)%. KQ:
m n

Cdu 22. Trong khong gian Ozyz, cho diém A(1;—1;2), mat phing (P): x +y — 2z + 5 = 0 v dudng thing
z+1l oy z—2

d: 5 1= 1 Dudng thing A cit d va (P) lan lugt tai M vad N sao cho A la trung diém ctia doan
, . 9 _ _
thang M N. Phuong trinh duong thang A ¢6 dang Y _ Y 3y0 . 2 0 v6ia-b # 0. Tinh a? + b + y2 + 23.
a
KQ:
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JQ. Phuong tinh dudng thé&ng trong khéng gian Khi thanh céng ban ndi gi cing ddng

yV J/ J J
B-DE 2
BB cau trdc nghiém nhidu phrong én Iya chon
A S . 2 r—3 y—-4 z+1 . e A s e
Cau 1. Trong khong gian Oxyz, cho dudng thing d: 5 = 5 — 3 Véc-to nao dudi day 1a mot véc-to
chi phuong cta d?
B) Ty = (2;4;—1). B) @1 = (2; -5;3). ©) T3 = (2;5;3). D)@y = (3;4;1).
r=2—1
Cau 2. Trong khong gian Ozyz, duong thing d: { y = 1 4 2t c6 mot véc-to chi phuong 1a
z=3+1
A7) = (—1;2;3). B) W3 =(2;1;3). ©) T4 = (—1;2;1). D)@y = (2;1;1).

Cau 3. Trong khong gian véi hé toa do Owxyz, cho hai diém A(1;1;0) va B(0;1;2). Véc-to ndo dudi day 1la mot
véc-td chi phuong clia dudng thang AB

B d = (-1;1;2). B)T = (~1;0;-2). © b = (-1;0;2). D)7 = (1;2;2).

Cadu 4. Trong khong gian v6i he toa do Oxyz, cho diém M (1;2;3). Goi My, Ms 1an lugt 13 hinh chiéu vuong goc
ctia M lén céc truc Oz, Oy. Véc-to nao dudi day 1a mot véc-to chi phuong ciia dudng thing M; M,

B Ty = (—1;0;2). B) @1 = (0;2;0). ©) Ty = (—1;2;0). (D) @3 = (1;0;0).
Cau 5. Trong khong gian Ozyz, cho hai diém M (1;2;1) va N(3;1; —2). Dudng thang M N c6 phuong trinh 1a
r+1 y+2 =241 r—1 y—-2 =z-1
@4_3_—1' 2_—1_—3‘
©x71_y72_271 @x+1_y+2_z+1
4 3 =17 2 -1 =3
Cau 6. Trong khong gian Oxyz, cho hai diém M (1;0;1) va N(3;2; —1). Dudng thang M N c6 phuong trinh tham
so 1a
r=1+4+2t r=1+t¢ r=1—-1 r=1+t¢
@ iy=2t . y=t ©ly=t . ®y—1
z=1+1 z=1+1 z=1+1 z=1—-1
Cau 7. Trong khong gian toa do Ozyz, phuong trinh niao dusi day la phuong trinh chinh tic ctia duong thing
r=1+4+2t
d: y=3t (teR)?
z=—-2+4+1
x+1 y z2-2 x—1 'y 242 x+1 z—2 r—1 'y 242
@2_3_1' 1_3_—2‘ © B -2 @2_3_1'

Y

2 3

Cau 8. Trong khong gian v6i hé toa do Oxyz, cho hai diém M(1;-2;1), N(0;1;3). Phuong trinh duong théng
qua hai diém M, N la

)

r+1 y—-2 =z2+1 r+1 y—-3 z-2
@—1_5_??' 1_1—2_31‘
r _y—-1_ z- r_y—-1t_z-
©—1_ 3 2 @1 —2 1
Cdu 9. Trong khong gian Oxyz, cho dudng thing d di qua diém M (3;—1;4) vad c6 mot vée-ta chi phuong
% = (—2;4;5). Phuong trinh ctia d la
r=-24+3t r=3+2t r=3—2t r=3—2t
By=4—1 . y=—1+4t. ©){y=1+4t. D)y =—1+4t.
z=>5+4t z=4+45t z=445t z=4+45t
Cau 10. Trong khong gian Ozyz, dudng thing Oy c6 phuong trinh tham s6 1a
T = T = z=0 T =
B y=t(teR). y=2+t(teR). (€©{y=0(teR). D y=0(teR).
z= z = z=t z=0
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J Phan 5. PHUONG PHAP TOA BO TRONG KHONG GIAN Khi thanh céng ban néi gi ciing dung

y J/ J J
Cau 11. Trong khong gian Ozyz, cho diéem A(1;2;3) va dudng thang d: v ; 5 _ Y I 1 _Z +27. Duong théng
di qua A, vuong goc véi d va cat truc Oz c6 phuong trinh 13
r=—-14+2t r=1+1 r=—-1+42t r=1+t
B y=-2t . y=2+2t. ©<y=2t : D) y=2+2t.
z=1 z=343t z=3t z=3+2t

Cédu 12. Trong khong gian Oxyz, cho cac diém A(1;0;2), B(1;2;1), C(3;2;0) va D(1;1;3). Dudng thang di qua
A va vuong goc véi mit phang (BCD) c6 phuong trinh 1a

r=1-—1¢ r=1+1 r=2+t r=1-—1
@ y =4t . y=4 . @ y=4+4t. @ y=2-—4t.
z=2+2t z2=2+2t z=4+2t z=2-—2t

B} cau tréc nghiém diing sai

Cau 13. Trong khong gian Oxyz, cho mit phing (a): x+y—2+6 = 0 va dudng thang d: %_1 = yT—l—ll = %
a) Mit phang (a) c6 véc-to phap tuyén n = (1;1; —1).
b) d // ().
r=1+1
c) Duong thang di qua A va vudng goc véi (o) ¢6 phuong trinh { y = —4 + ¢ (t € R).

z =t

P 5 1
d) Hinh chiéu vudng goc cia d lén («) c¢6 phuong trinh la g = % AT .

Cadu 14. Trong khong gian Oxyz, cho M (1;0;1) va duong thing (A): % =
a) M € (A).
b) (A) ¢6 véc-to chi phuong @ = (1;2;3).

¢) Phuong trinh tham s6 ctia (A): < y =2t (t € R).
z =3t
d) Toa do hinh chiéu ctia M lén duong thing (A) 1a N (2;4;6).

~ . : 1 2 2

Cau 15. Trong khong gian Oxyz, cho dudng thang d: ac—ll— _Y ; S _ Z; va diem A(3;2;0).
a) M(—1;-3;-2) e d.

b) @ = (1;2;2) 1a véc-to chi phuong ctia d.

c) Toa do hinh chiéu clia A len dudng thing d 1a H(2;2;1).

d) Diém déi xing clia diém A qua dudng thang d c6 toa do 1a A'(1;0;4).

Cau 16. Trong khong gian Oxyz, cho mat phang (P): 6z — 2y + z — 35 = 0 va diém A(—1;3;6).
a) 1 = (6;—2;—1) l1a véc-to phap tuyén ctia (P).
b) A(~1:3:6) ¢ (P).
c) Toa do diém déi xting véi A qua (P) 1a A'(11;—1;8).
d) Do dai OA = 186.

Céau tréc nghiém trd 16i ngén
r=1t
Cau 17. Trong khong gian Oxyz, khoang cach tit M (2; —4; —1) t6i duong thang A: { y =2 —t bang bao nhiéu?
z=3+2t
(két qua lam tron dén hang phan tram). KQ:

A . 2 ]. - 2 . « 2
Cau 18. Trong khong gian Ozyz, cho dudng thang d: % = % =z 1 va hai diem A(—1;3;1); B(0;2;—1).

Goi C(m;n;p) la diém thuoc duong thing d sao cho dién tich tam gidc ABC bing 2v/2. Tinh gia tri clia tong
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JQ. Phuong tinh dudng thé&ng trong khéng gian Khi thanh céng ban ndi gi cing ddng

m—+n+p. KQ:

~ ~ . e 1A R . ~ . 2 T y—1 z+2
Cau 19. Trong khong gian v6i hé truc toa do Oxyz. Goi M(a;b;c) thuoc dusng thang A: 1= S = 5
Biét diém M c6 tung do am va cach mat phéng (Oyz) mot khodng bing 2. Xac dinh gid tri T = a + b + c.
KQ:

A~ ~ . . .2 5 o 2 N N 2 r—12
Cau 20. Trong khong gian Ozyz, giao diem ctia mit phang (P): 3z +5y —z—2 = 0 va duong thang A: R

— 9 - 1 2 2
yT _Z la diem M (xo; yo; z0). Tinh gia tri ctia tong xo + yo + 20- KQ:

Cau 21. Trong khong gian v6i he toa do Ozyz, cho hai diém A(4;6;2) va B(2; —2;0) vA mat phang (P): z+y+z =
0. Xét dudng thang d thay ddi thuoc (P) va di qua B, goi H 1a hinh chiéu vudong géc clia A trén d. Biét ring khi
d thay déi thi H thudoc mot duong tron cd dinh. Tinh ban kinh R ctia dudng tron do (két qud lam tron dén hang
phan tram). KQ:

Cadu 22. Trong khong gian v6i hé toa do Oxyz, cho mat phang (P): x — 2y + 2z — 3 = 0 vA mit cau (S) tam
I(5;—3;5), ban kinh R = 2v/5. Tit mot diém A thuoc mit phing (P) ké mot duong thing tiép xtc véi mit cau
(S) tai B. Tinh OA biét AB = 4 (két qud lam tron dén hang phan chuc). KQ:

y J/ J J
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J Phdn 5. PHUONG PHAP TOA DO TRONG KHONG GIAN Khi thainh céng ban néi gi cing ding

y / J J

CONG THU'C TINH GOC TRONG KHONG GIAN

S
A-DE 1

BB cau trdc nghiém nhidu phurong én Iya chon

Cau 1. Trong hé toa do Ozyz, gbc gitta dudng thing Oz va dudng thing Oy la

A)0°. (B)90°. (©)3°. (D)45°.
Cadu 2. Trong hé toa do Ozyz, goc giita dudng thang Oz va mat phang (Ozy) 1a

A)0°. (B)90°. (©)3°. (D)45°.
Cau 3. Trong khong gian v6i hé toa do Oxyz, cho hai duong thing A; vi As c6 véc-ta chi phuong lan lugt 1a
%1 = (a1;b1;¢1), U2 = (ag; ba; c2). Khi d6 khing dinh nao sau day sai?

B) (A1, Ag) = (W1, Ta).

bib

B) cos (Ar, Ag) = larag + biba + cica| '

Va3 + 02+ \Jad+ b3+ 3
RIRRr]

@COS (Al,Ag) == = -
|| 2]
@ (Al,Ag) = (_1—[1, 1‘[2) hOéC (Al,Ag) = 180° — (1—[1, 1—1:2)

Cdu 4. Trong khong gian véi hé toa do Ozyz, cho dudng thing A: g = il — 2 Tnh co-sin ciia gbc gitta dudng

|
N

th‘fmg2A va truc Ozx. ) 1
@ g. _g. @ g. @O-

Cau 5. Cho hai dudng thing

Goc gitta Ay va Ay bang
@) o°. (B)90°. (©)3°. (D)45°.

Cau 6. Tinh géc tao bdi dudng thing

va mit phang (o) : 2z +y+2—1=0.
(A) 30°. (B)90°. (©)45°. (D)0°.

Cau 7. Cho hai mit phéng (P): —vV3z +24+5=0va (P): vV3z+ 2z — 2 = 0. Tinh goc giita hai mat phing
(Py) va (Py).

@) 70°. (B)45°. (©)30°. (D)60°.

Cadu 8. Trong khong gian Oxyz, mit phang (P): x —y+2z — 1 = 0 vuodng géc véi dudng thang ndo sau day?

r=t
—1 -1
@A1:I2 :%224 . Agl y=1+t.
z=5+2t
. r=-—-14+2¢t
x Yy z—
A == — = . AZ =1-2
©a:3=5=-= OFNRY t
z =344t
~ . .2 - -2
Cau 9. Trong khong gian Oxyz, cho cac diem A(—2;0;0), B(0;1;0), C(0;0;—3) va duong thang d: mT =
y+1 z-—5

. Tinh géc giita duong thiang d va mit phiang (ABC) (Iam tron dén dén hang don vi ctia do).

1 2
@ 11°. (B)10°. (©)21°. (D)12°.
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JS. Cong thac tinh géc trong khéng gian Khi thanh céng ban ndi gi cing ddng

yV J/ J J
Cau 10. Trong khong gian Oxyz, cho cac diém A(1;1;0), B(2;—1;1), C(1;2;2), D(0;1;2). Co-sin géc giita hai
duong théng AB va CD.

1 1 1 1
Vet . Vet 5
z=1 r=4+t
Cau 11. Trong khong gian Oxyz, cho duong thing di: {y=2—t va dy: { y =1+ mt. Tim m dé co-sin goc
z=3+2t z=2—1

2 N 5
gitta hai duong thang bang \5f

@2 % @—% D) -2.

~ . . . 2 . z - 1 - 2
Cau 12. Trong khong gian v6i hé toa do Ozxyz, goi duong thing d di qua A(—1;0;—1) cat A;: w 5 = yT =
2 -3 -2 3 . 2
%, sao cho co-sin goc gitta d va As: z = Y 5 = Z;— la nhoé nhat. Phuong trinh duong thang d 1a

:c—i—l_i_z—i—l x—i—l_g_z—i—l x—i—l_g_z—i—l x—i—l_g_z—l
@2_—1_—1'2_2_—1' ©2_2_1' @2_2_—1'

B3 cau tréc nghiém diing sai

Cau 13. Trong khong gian véi hé toa do Oxyz, cho mat phiang (P): z —y + 2z + 1 = 0 va dudng thing
r—1 y z+1
d: = =

1 2 -1
a) (—1;1;—2) la véc-to phap tuyén ctia (P).
b) Géc gita (P) va (d) 1la mot goc nhon.
c) (d,(P))=30°.
d) Goc gitta truc Oz va d (lam tron dén hang don vi ctia do) bang 50°.

. Xac dinh tinh diang, sai ciia mdi ménh dé sau

Cau 14. Trong khong gian v6i hé toa do Ozyz, cho hinh chép S.ABCD c6 day la hinh vuong ABCD va
SA 1 (ABCD). Cho biét A(0;0;0), B(2;0;0), D(0;2;0), S(0;0;3). Xac dinh tinh ding, sai cia mdi ménh dé
sau

a) Hai duong thing SC va BD vuong goc.

b) Goc gitta hai dusng thang AB va SC 1a 60°.

c) Goc gitta dudng thang SC va mit phang (SBD) (1am tron dén hang don vi ctia do) bing 18°.

1
V22
Cau 15. Trong khong gian véi hé toa do Ozyz, cho hinh lang tru ding OAB.O'A'B’ véi O(0;0;0), A(a;0;0),
B(0;2a;0), O'(0;0;3a), a > 0. Xac dinh tinh ding, sai cia mdi ménh dé sau

a) Toa do ctia diém B’ 1a (a;0,2a).
b) Phuong trinh mit phing (O’AB) 1a 6x + 3y + 22 — 6a = 0.

d) Co-sin gitta mit phing (SBD) va mat ddy bing

2 2 N 14
¢) Sin clia goc gitta dudng thang A’B va mit phang (O’ AB) bang ?)2/9»

d) Goc gitta hai mat phiang (OO'A’A) va (AA'B’'B) (lam tron dén hang don vi clia do) biang 63°.

r=1+4+t¢
~ : . N . . -1 -3
Cau 16. Trong khong gian véi hé toa do Ozyz, cho hai duong thang A: <y = 2t va AL 5 = yT =
z=-5—12t

z+2

. Xét cac véc-to @ = (1;2; —5),d’ = (4;6; —2). Xac dinh tinh diung, sai cia mdi ménh dé sau
a) Véc-to U 1a mot véc-to chi phuong cia A . b) Véc-to U’ 1a mot véc-to chi phuong ctia A'.

26 d) (A,A) ~ 27°.

V105

c) cos(u,d’) =
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J Phan 5. PHUONG PHAP TOA BO TRONG KHONG GIAN

Khi thanh cong ban ndi gi cing ddng

Cédu tréc nghiém trd 18i ngén

Cau 17. Tinh goc gitta dusng thing A va mit phang (P) biét A g =

(lam tron dén hang don vi ctia do).

Cadu 18. Tinh géc gitta hai mat phing (P) va (Q) biét (P): z+y—22—2024 = 0 va (Q): 5z +3y+42+2025 =0

(lam tron dén hang don vi cia do).

y / J J

y+5 z+1

— = va (P): 3x4+2y—2—2025=0

—2 3

KQ:

KQ:

Cau 19. Khi gin hé toa do Ozyz (don vi trén mdi truc tinh theo mét) vao mot can nha sao cho nén nha thuoc
mat phing (Ozy), ngudi ta coi mdi mai nha 14 mot phan ciia mat phing va thay ba vi tri A, B, C' § mai nha
bén phéi lan lugt ¢6 toa do (2;0;1), (4;0;2) va (4;5;3). Goéc gitta mai nha bén phéi va nén nha bang bao nhiéu

do (lam tron két qua dén hang don vi)?

B(4;0;2)

T

KQ:

Cadu 20. Khi gan hé toa do Ozyz (don vi trén mdi truc tinh theo kilomét) vio mot san bay, mat phang (Oxy)
trung v6i mat san bay. Mot may bay 6 vi tri A(3; —2;3) sé ha canh t6i vi tri B(8;8;0). Géc gitta dusng bay (mot
phan ctia duong thang AB ) va san bay (mot phan clia mit phang (Ozy) ) bing bao nhiéu do (lam tron két qua

dén hang don vi)?

Cau 21. Cho hinh chép déu S.ABCD c6 canh bén bing av/3, canh day bing 2a. Géc gitta hai mat phang (SCD)

va mit day (lam tron dén hang don vi ctia d9) bang bao nhieu?

KQ:

KQ:

Cau 22. Cho biét kim ty thap Memphis tai bang Tennessee (M§) c6 dang hinh chép ti gide deu S.ABCD véi
chiéu cao 98 m va canh ddy 180 m. S6 do goc gitta hai mat bén béang bao nhieu do (lam tron két qua dén hang

don vi)?

KQ:
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JS. Cong thac tinh géc trong khéng gian Khi thanh céng ban ndi gi cing ddng

yV J/ J J
B-DE 2
n Cau tréc nghiém nhiéu phuong @n lwa chon
Cau1. Cho hai mat phang (P1): Az + By + Ciz + D1 = 0 (43 + B + C} # 0) va

(P2): Asx + By + Coz + Dy = 0 (A% + B% + 022 # 0). Goi ¢ la goc gitta hai mit phang (P;) va (P). Hay
chon khéng dinh ding?
@cosgo: |A1 Az + B1Bs + C1Cy| B) cos |A1As + B1Ba + C1Cs|
(A + Bt +Cf) - (A3 + B3 +C3) A2+ B2+ C2-\[A3+ B} +C3
@cos o A1Ay + B1By + C1Cs @Cosgo _ A1Ay + B1Ba + C1Cs
=112 2 2 2 2 2 = :
(AT + Bi + C) - (A3 + B3 + C3) VAT + B2+ C2 /A3 + B3 + O3
Cau 2. Trong khong gian Oxyz cho hai mat phang (P): 20 — y — 2z — 9 = 0,
(Q): . —y — 6 = 0. Géc giita hai mat phang (P), (Q) bing
&) 90°. (B)30°. (©)45°. (D)60°.
Cau 3. Tinh s6 do goc gitta mat phang (P): x + z — 4 = 0 vi mat phang (Ozy).
&) 30°. (B)90°. (©)60°. (D)45°.
Cadu 4. Trong khong gian Ozyz, cho hai mit phang (P): z —y — 6 = 0 va (Q). Biét rang diém H(2;—1;-2) la
hinh chiéu vuong goc clia goc toa do O(0;0;0) xuéng mat phang (Q). S6 do goc giita hai mat phang (P) va mat
phéng (Q) bing
@) 45°. (B)60°. (©)30°. (D)90°.

Cau 5. Trong khong gian véi hé truc toa do Oxyz, cho mit phang (P): z — y + 2z + 1 = 0 va dudng thang
r—1 y z4+1

d: 1 5= 1" Tinh géc gitta dudng thing d v mit phang (P).
(&) 60°. (B)120°. (©)150°. (D)30°.
r=5+1
Cau 6. Trong khong gian v6i hé toa do Oxyz, cho duong thing d : {y=—-2+1t | (t € R) vA mat phing
z=4+V2

(P):x —y+ 2z —7=0. Hay x4c dinh géc giita dudng thing d va mat phing (P).
(®)90°. (B)45°. (©)30°. (D)60°.
r—1 y+2 2z-3 | z+3 y—1 z+2
= = va Ay = .
—2 1 2 1 1 —4

Cdu 7. Trong khong gian Oxyz, cho hai dudng thang A :
Géc giita hai duong thang Ay va A, bing

(&) 30°. (B)45°. (©)60°. (D)135°.
Cadu 8. Trong khong gian v6i he toa do Oxzyz, cho ba diém A(1;2;3), B(2;1;5), C(2;4;2). Tinh géc giita hai
duong thing AB va AC.

() 60°. (B)150°. (©)30°. (D)120°.
Cau 9. Trong khong gian v6i he toa do Ozyz cho mat phang (P): 3z + 4y + 5z + 8 = 0 va dudng thang d 1a giao
tuyén ciia hai mat phang (a): z —2y+1 =0 v (8):  — 2z — 3 = 0. Tinh géc ¢ gitta d va (P)

) ¢ = 30°. (B)p = 45°. (©) ¢ = 60°. (D) = 90°.

1 -1 -2 -3 -1

Cau 10. Trong khong gian Ozyz cho 2 dudng thang d; :
2 —m -3 1 1 1

tat ca gia tri thuc ctia m dé dy vuong goc véi da
@m:—l. mzl. @m:—5. @mz’é.
Cau 11. Trong khong gian Oxyz cho diém A(0;2;2). Géc gitta dudng thang OA va truc Oy bing

(&) 60°. (B)30°. (©)90°. (D)45°.

Cau 12. Trong khong gian Oxyz, hai dudng thing d; : v

tao v6i nhau goéc 60°, gia tri clia tham s6 m bing

@m:—l. m:\ég. @m:% @m:
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J Phdin 5. PHUONG PHAP TOA BO TRONG KHONG GIAN

B3 cau trdc nghiém diing sai

r—1 y z+
d: = — =
1 2

Khi thanh céng ban ndi gi ciing ddng
y J/ J J
Céau 13. Trong khong gian véi hé toa do Oxyz, cho mit phang (P): x —y + 2z + 1 = 0 va dudng thing
. Xac dinh tinh ding, sai ciia mdi ménh dé sau
a) Mot véc-to chi phuong cua d 1a (1;2; —1).
b) Mot véc-to phap tuyén ctia (P) 1a (—1;2;1)..
¢) (d, (P)) = 30°.

Y

z

d) Néu diém M thuoc d c6 hoanh do bang 2 thi d(M, (P))
Cdu 14. Cho dudng thing A: g =

o5

-1 2
a) Duong thing A c6 1 véc-to chi phuong 1a W = (2;—1;2)
. . 5
b) Cosin ctia goc gitta duong thang A va truc Ox bang £
c) Cosin ciia géc gitta dudng thang A va truc Oy biang ——.

V5
o . . L 2V5
d) Cosin ctia géc gitta duong thang A va truc Oz bang

mét) (Hinh bén dudi).

-

Cau 15. Trong khong gian v6i hé toa do Oxyz, mot cabin cap treo xuat phat tir diém A(10;3;0) va chuyén dong
déu theo dudng cap c6 véc-to chi phuong 1a @ = (2; —2;1) véi toc do 1a 4,5 m/s (don vi trén mdi truc toa do la

T

B
N #
K 0] Y
\\\ //3
\\\ 10 __//
\ A(10;3;0)
5 /550
x
. 10 3
a) Phuong trinh chinh tac clia dudng céap la a:g Y +2 = %
b) Gi& si sau t (s) ké tit lic xudt phat (¢ > 0), cabin dén diém M. Khi d6 diém M c6 toa do la
3t
3t + 10; =3t + 3; 3>
c) Cabin dimg & diém B c¢6 hoanh do zp = 550. Khi d6 AB = 750 m.
d) Dudng céap AB tao véi mit phing (Oxy) goc 19° (két qui lam tron dén hang don vi clia do).
Cau 16. Cho hinh lang try ding OBC.O’'B'C’ ¢6 day 1a tam giac OBC vuong tai O va ¢6 OB = 3a, OC = aq,
00’ = 2a.
a) Cosin goc giita hai duong thing BO' va B'C bang

3
b) Cosin goc giita hai mit phang (O'BC) va (OBC) béng ~.

6
c) Cosin goc giita duong thing B'C va mit phang (O’ BC) bing

d) Sin géc giita duong thing B'C va mat phang (O’ BC) bing

3v14
49
3v/14
49
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JS. Cong thac tinh géc trong khéng gian Khi thanh céng ban ndi gi cing ddng

y / J J

Cédu tréc nghiém trd 18i ngén

Cau 17. Tinh goc gita hai mat phang (P): oz +y+22—1=0vA (P): 22 —y+2—2 = 0 (don vi do).
KQ:

Cau 18. Cho mit phing (P) c6 véc-to phap tuyén 7 = (1;2;2) va dudng thing A c6 véc-to chi phuong @ =
(2;2; —1). Goc giita duong thing A va mit phing (P) bing bao nhidu do (Iam tron két qua dén hang don vi)?

KQ:

Cau 19.
Trong khong gian v6i hé toa do Oxyz, cho hinh lang tru ding OBC.O'B'C’
véi O(0;0;0), B(2a;0;0), C(0;a;0), O'(0;0;3a), a > 0. Tinh sin clia goc gita
dudng thing B'C' va mit phang (O'BC) (két qué lam tron dén hang phan
tram). KQ:

Cau 20.

Trén mot suon nui (c6 do nghieng déu), ngusi ta trong mot
cay thong va muoén giit n6 khong bi nghiéng bang hai sgi day
neo nhu Hinh bén. Gia thiét cay thong moc thing ding va
trong mot hé toa do phit hgp, cac diém O (gbc cay thong)
va A, B (noi budc day neo) c6 toa do tuong ung la O(0;0;0),
A(3;—4;2), B(—5;—2;1), don vi trén méi truc toa do 1a mét
(Hinh beén). Biét ring hai day neo déu dugc buoc vao cay
thong tai diém (0;0;5) va duge kéo cang tao thanh cac doan
théng.

Hinh 34
Tinh téng s6 d6 cac goc tao bsi mdi day neo va mit phing suon nii (Iam tron két qua dén hang don vi ctia do).

KQ:

Cau 21.

Trong khong gian véi hé toa do Oxyz, cho hinh chép S.ABCD c6 cac dinh lan
a3 a a a a

lugt 1a ;05 —— ,A<*;;),B<—*;;), (—*;;),D(*;;>

u'cjtaS(OO 2) 200 200 C 2a0 2a0

v6i a > 0. Tinh géc giita duong thang SD va mit phing (SAC) (Iam tron

két qui dén hang don vi ctia do). KQ:

Cau 22.
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J Phén 5. PHUONG PHAP TOA BO TRONG KHONG GIAN Khi thainh céng ban néi gi cing ding

Dé chuan bi cho chuyén di da ngoai, nhém ban Dic thiét ké 1éu cim trai
dang hinh chép ti giac déu c6 ddy 1a hinh vudng canh 4m. Theo ban vé
thiét ké thi goc gitta hai mat bén ctia léu bang 60°. Bing phuong phéap toa

do, hay tinh chiéu cao clia léu nay (don vi: mét). KQ:
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JA. Phuong tinh mat céu Khi thanh céng ban néi gi cing didng

y / J J

PHUONG TRINH MAT CAU

7
A-DE 1

n Cau tréc nghiém nhiéu phuong an lva chon

Cau 1. Trong khong gian vé6i hé truc toa do Ozyz, phuong trinh nao sau day 1a phuong trinh mét cau

@:1:2+y2+z2—2x=0. x2+y2—22+2x—y+1:0.
(©222 + 2% = (x4 y)? — 22+ 22— 1. D) (x+y)* =20y — 22 — 1.

Cau 2. Trong khong gian véi he truc toa do Ozyz, mat cau (S) (z — 1)? + y2 + (2 + 3)% = 16 ¢6 tam la
(A)I(1;0;3). (B)I(—1;0;—3). (©)1(1;0;-3). (D)1 (1;2;-3).

Cadu 3. Trong khong gian véi hé truc toa do Oxyz, mit cau 22 + 42 + 22 —4x + 1 = 0 c6 tam va ban kinh 1a

(A)1(2;0;0), R=3. B)I(-2;0;0), R=v3. (€)I(0;2;0), R= /3. (D)I(2;0;0), R = /3.

Cau 4. Trong khong gian vé6i hé truc toa do Owzyz, phuong trinh mit cau c6 tam I (—3;1;2), ban kinh R = 3
1a
B (@+3)7+@y-1)17+(z+2)7=3 B (z -1+ (y+3)>+(z—2)°=09.
©(z—3°+@w+1)12+(+272>=09. D (z+3°+@y—1>%+(z-2?2=09.

Cau 5. Mit cau 322 + 3y? + 322 —6:v—|—12y—|—2—0cobank1nhbang
2
@R:\/? R:?. @R:%_. DR =

Cau 6. Mt cau (9) : 22 + 9% + 22 — 22+ 10y + 32 + 1 = 0 di qua diém c6 toa do ndo sau day

—_

(B) (3; -2; —4). (B) (4; —1;0). (©(2;1;9). D)(-1;3;-1).
Cau 7. Mt cau tam I (—1;2;—3) va di qua diém A (2;0;0) c6 phuong trinh 1a

B (x+1)2+(y—2°%+(z+3) =22 B)(z+1)2+(y—2)2+ (243> = 11.

©@—-1)2+y+2)72+(z—3)*=22. D) (z—1)*+ (y—2)> + (2 — 3)* = 22.
Cau 8. Mit cau (S) : (z +y)? = 2zy — 22 + 1 — 4z ¢6 tam la

(B) I (4;0;0). (B) I (—2;0;0). (©)1(—4;0;0). (D)1 (2;0;0).

Cau 9. Trong khong gian vé6i hé truc toa do Oxyz, cho hai diém A (1;0; —3) va B (3;2;1). Phuong trinh mit cau
duong kinh AB la

@x2+y2+22+4x—2y+2220. x2+y2+22—4x—2y+2z:0.
©m2+y2+22—2x—y+z—620. @m2+y2+z2—4$—2y+2z+6:0.

Cau 10. Phuong trinh mat cau (S) c6 tam O, tiép xtdc v6i mat phang () : 162 — 15y — 122+ 75 =0 la
@x2+y2+z2—3x=9. x2+y2+z2=3. ©x2+y2+z2=81. @x2+y2+z2=9.

Cau 11. Cho mat phing (P) va mat cau (S) c6 phuong trinh lan lugt 1a
(P):2z+2y+2—m?+4m —5=0va (9) : 2® + y? + 22 — 22+ 2y — 22 — 6 = 0. Gi4 tri ctia m dé (P) tiép xtic
voi (S) 1a

@m:—l hoac m = 5. mzlhoacm:—& @m:—l. @m:5.

Cau 12. Cho bén diém A (6;—2;3),B (0;1;6),C (2;0; —1),D (4;1;0). Khi d6 mat cau ngoai tiép tit dien ABCD
¢6 phuong trinh la

Bz +y?+22—20+y—32-3=0. B)a?+y?+ 22 — 4z +2y —62—3=0.

(©a2+y? + 22+ 40— 2y +62—3=0. a2+ 2+ 22420 —y+32—3=0.

B} cau tréc nghiém diing sai

Cau 13. Cho (S) : 22 +y? + 22 — 20 — 4y + 62 — 67 = 0. CAc ménh dé sau ding hay sai ?
a) Mit cau (5) ¢6 tam I (1;2;3).
b) Ban kinh mit cau (S) la R = 9.
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J Phan 5. PHUONG PHAP TOA BO TRONG KHONG GIAN Khi thanh céng ban néi gi ciing dung

y / J J

c) Cho mit phéng (P) : 2z — 2y + z — 13 = 0. Khi d6 (P) tiép xtc véi (S).

=1+t
d) Cho dudng thang (A): <y =2 . Khi d6 (A) va (S) cit nhau tai hai diém.
z=—44+Tt

Cau 14. Trong khong gian Ozyz cho ba diém A (1;0;0) B (0;2;0) C (0;0;3) va phuong trinh mat cau (9) :
(2 —3)*+ (y+2)* + (2 — 1) = 9. Céc meénh dé sau dang hay sai ?

a) Thé tich ciia (S) 1a V = 367 .

N 1
b) Phuong trinh mat cau nhan AB lam dudng kinh ¢6 tam 1a T (5, 1; g)
9
¢) Goi K la tam cua (S), khi d6 d (K; (ABC)) = 2
d) Tap hgp cac diém M théa man M A? = M B? + MC? 1a mit cau c6 ban kinh bing 2.

Cau 15. Trong khong gian véi hé truc toa do Oxyz cho mit phang (P) : 2x + 2y — z + 16 = 0 vA mit cau
(S): (z—2)%+ (y — 1)* 4 (z — 3)> = 9. Céc khing dinh nao duéi day ding hay sai?

a) Khoang cach tit tam I ctia (S) dén mit phang (P) bing 3.

b) (P) va (S) khong c6 diém chung.

c) Cho mat phang (Q) : 3z — 2y + 2z — 10 = 0, khi d6 (S) cit (Q) theo mot giao tuyén la dudng tron c6 chu vi
3v/182

14
d) Cho diém M di dong trén (S) va diém (N) di dong trén (P) sao cho do dai M N ngan nhét. Toa do diém

M 1a M (0;—3;4).

bang .

Cau 16. Cho mit cau (9) : 22 +y? +22 — 22 —4y — 62 —m = 0.
a) Diéu kién ctia m dé mit cau (S) xac dinh 1a m > 14.
b) Véi m = 2, dudng tron giao tuyén ctia (S) khi cit mit phing (Oxy) cé chu vi bing 2v/77.
c) V6i m = 2, Phuong trinh mit cAu déi xing v6i mit cau (S) qua truc Oz ¢6 phuong trinh (z 4 1)* +
(y+2)° + (2 +3)* = 16.
d) Vé6i m = 2, cho mit phang (P) : x +y — 2z + 4 = 0. Phuong trinh dudng thing d tiép xtc véi (S) tai

r=—-1+T7t
A (—1;0;0) va song song v6i mat phang (P) la { y = —T7t
z=0
Céu tréc nghiém trd 18i ngén
Cau 17. Coi I la tam mit cau (S) : 22 + y2 + (z — 2)? = 4. Do dai ‘O—j‘ bang KQ:

Cau 18. Cho mit cau (S) : 22 +y2 + 22 — 2 — 4y — 42 = 0. Gia st mat phing tiép xic v6i mat cau (S) tai diém
A (3;4;3) 6 dang ax + by + cz — 17 = 0. Khi d6 H = a + b + ¢ bang KQ:

Cau 19. Trong khong gian véi he truc toa do Ozyz, cho A (1;2;3); B (4;2;3); C (4;5;3). Gia stt dien tich mat cau
nhan dudng tron ngoai tiép tam gidac ABC lam dudng tron 16n c6 dang mm, Khi d6 m biang KQ:

Cau 20. Trong khong gian véi hé truc toa do Ozyz, c6 tat ca bao nhiéu sé tu nhién ctia tham sé m dé phuong
trinh 22 + 92+ 22 +2(m —2)y — 2(m + 3) 2 + 3m? + 7 = 0 14 phuong trinh mit cau ~ KQ:

r=1+1t
Cau 21. Trong khong gian Oxyz, cho mat cau 22 + y? + 22 = 9 va diém M (zo;yo; 20) thuoc d: { 1 +2t . Ba
2—3t
diém A,B,C phan biét cting thudc mit cau sao cho MA,MB,MC la cac tiép tuyén clia mit cau. Biét ring mat

phing (ABC) di qua D (1;1;2). Tong T = 23 + y2 + 22 bing KQ:

Cau 22. Trong khong gian Oxyz, cho cac diém M (2;1;4), N (5;0;0), P (1;—3;1). Goi I (a;b;c) la tam clia mat
cau tiép xtc v6i mat phing (Oyz) dong thai di qua cac diem M, N, P. Biét ring a + b+ ¢ < 5. Khi d6 ¢ bing

KQ:
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AL

n Cau trdc nghiém nhiéu phuong dan lua chon

Cau 1. Trong khong gian Oxyz, cho mat cau (S) ¢6 tam I(1;2;—1) va ban kinh R = 2. Phuong trinh ctia (.5)
la
B (z -1+ @y —2>2+(z+1)>=4. B)(z—1)2+(y—2>2+(z+1)>=2.
©@+1+y+2°+ (-1’ =2 D@+ + @y +2°+ (-1’ =4
Cau 2. Ngudi ta mudn thiét ké mot bo 1ap rap mo hinh trai dat hinh cau. Cho biét phuong trinh bé méit ctia mo
hinh trai dat 14 (9): (z — 3)2 + (y — 5)2 + (2 — 4)? = 100. Tim tam v& ban kinh ctia mo6 hinh dé.

(R) I(—3; —5; —4); R = 10. 1(3;5;4); R = 10.
(€©)1(—3; —5; —4); R = 100. (D) I(3;5;4); R = 100.
Cau 3. Trong khong gian Ozyz, cho hai diém A(5;2;1) va B(1;0;1). Phuong trinh ctia mit cau dudng kinh AB
Ia
B (@+3)+(y+12+ (2 +1)2 =5 B)(x -3+ (y—1)2+(z —1)* = 20.
©(z—3)2+(y—1)2+4(z—1)2 =5. D) (z+3)2+ (y+1)2+ (2 + 1)2 = 20.

Cadu 4. Trong khong gian Oxyz, cho diém A(1;2;3). Phuong trinh mat cau tam A va tiép xic véi mit phang
r—2y+22+3=01a
B (z+1)2+ (y+2)2+ (2 +3)?=2. B)(z—1)2+(y—2)2+(z—3)2=2.
©@+1)2+(y+2)?2+(2+3)2=4. D (x—1)2+(y—22+(z-3)2=4
Cau 5. Trong khong gian véi hé toa do Oxyz, cho tit dien ABCO véi A(1;2;2)
,B(—1;2;—1),C(1;0; —1). Tim béan kinh mit cau (S) ngoai tiép tit dien ABCO.
@ 9 9 @ @ V443 @ V443
2° 2 2 10 °
Cau 6. Trong khéng gian véi hé toa dd Ozyz, mit cau tam I(2;1; —3) va tiép xtc véi truc Oy cé6 phuong trinh
g g8 Yz, 34 P Yy p g
1a
B (z -2+ (y—1)2+ (2 +3)* = 4. B)(z 272+ (y—1)*+ (2 +3)* =13.
©(z—22+(y—1)2+(2+3)2=09. D) (z 22+ (y—1)>+ (2 +3)2=9.
Cau 7. Trong khong gian Ozyz (don vi clia cac truc toa do 1a kilomet), mot tram thu phat séng dién thoai di
dong c6 dau thu phat duge dit tai diém I(6; —2;4). Cho biét ban kinh phii séng ciia tram 14 6km. Viét phuong
trinh mat cau (S) biéu dién ranh gidi clia vimg phii séng.
B (z—6)2+ (y+2)? + (2 — 4)? = 6. B) (z — 6)>+ (y +2)> + (= — 4) = 36.
©@+6)2+(y-2?+ (= +4?2=6. @) (@ +6)2+ (y = 2)* + (= + 4)* = 36.

~ . . N . s 256 .
Cau 8. Trong khong gian véi hé toa do Ozyz, cho méat cau (S) ¢6 tam I(—1;4;2) va c6 the tich bang TW Khi

d6 phuong trinh mat cau (S) 1a
B (z+ 1)+ (y — 4>+ (z — 2)*> = 16. B)(z+1)2+(@y—4>2+(z-2)2=4
©(x 12+ (y+4)>+(z+2)?% =4 D (x—1)2+@y+4)>+(z+2)?% =4
Cau 9. Trong khong gian véi hée toa do Oxyz, hdi trong cac phuong trinh sau phuong trinh nao 14 phuong trinh
clia mat cau?
Bz +y®+22 20 +42—-1=0. B) 22+ 2243z —2y+42—1=0.
©m2+y2+22+2xy—4y+4z—1 = 0. @x2+y2+22—2$+2y—4z+820.
Cau 10. Trong khong gian Oxyz, viét phuong trinh mat cau di qua diém A(1;—1;4) vi tiép xtc v6i cac mat
phéng toa do.
B (x—3)%+ (y +3)> + (2 + 3)% = 16. B)(z—3)2+(y+3)>2+(2—32%=09.
©(z+3)2+ (y—3)2+ (2 + 3)2 = 36. (D) (z 4 3)2+ (y — 3)2 + (2 — 3)2 = 49.
Cau 11. Trong khong gian v6i he toa do Ozyz, cho ba diém A(1;2; —4), B(1;-3;1), C(2;2;3). Tinh dudng kinh
[ ctia mat cau (S) di qua ba diém trén va c6 tam nim trén mat phang (Oxy).

A1 =213 (B)l = 2V/41. (©)1 = 2v/26. (D)l = 2V/11.
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Cau 12. Trong khong gian v6i hé toa do Ozyz, cho mit cau (S): (x — 1)2 + (y — 1)? + 22 = 4 vA mot diém
M (2;3;1). Tit M ké dudc vo sb cac tiép tuyén tdi (9), biét tap hgp cac tiép diém la dudng tron (C). Tinh ban
kinh 7 ctia duong tron (C).

@’I“_2\3/§. r—\ég, (@7’—\2§ @T:2

B3 cau tréc nghiém diing sai

Cau 13. Cho hai phuong trinh mat cau (C7): (z—2)%+(y+2)2+22 = 4 va (C2): 2?2 +y*+22—20+2y+42—1 = 0.
Goi I, R; 1a tam va ban kinh ctia (C) va Iy, R 1a tam va ban kinh cta (Cq). Hay tra 16i cac y sau:

a) Phuong trinh mit cau (C1), (C2) 6 toa do tam lan lugt 1a I1(2; —2;1) va Ix(1; —1; —2).

b) Mit cau (Cy) tiép xtc véi truc Ox va Oy.

c) Khoang cach nhé nhat ctia diém I; dén mat cau (C2) c¢6 do 16n bing 1.

d) (C1),(Cs) c6 mot phuong trinh dudng tron giao tuyén la: 2z — 2y + 4z + 3 = 0.

Cau 14. Trong khong gian Oxyz, mat cau (S) c¢6 tam I(1;0; —1) va c6 ban kinh R = /2.
a) Phuong trinh ctia (S) 1a (z — 1)% + 9% + (2 + 1)% = V2.
b) Mat cau (S) di qua diém I(1;0;—1).
c) Diém A(2;2;2) nim ngoai phuong trinh mit cau (9).
d) Céc diém nim trén mat cau (S) cach tam I mot khoang bing v/2.

Cau 15. Trong khong gian vé6i hé truc toa do Oxyz, cho ¢6 phuong trinh (C): 22 + y* + 22 + 2(m + 2)x — 2(m —
3z+m2—1=0

a) Phuong trinh (C') luon la phuong trinh mét cau.

b) Phuong trinh mit cau (C) luon c¢6 tam I(—m — 2;m — 3; —m? — 1) véi m € R.

¢) V6i m = 1 thi phuong trinh (C) 1a m#t cau ¢6 ban kinh nhé nhat.

d) Phuong trinh mat cau (C) luon di qua goc toa do.

Cau 16. Trong khong gian Oxyz, Cho A(2;1;1), B(1;1;—3) vA mat cau (S) c6 tam I(1;—3;—1) ban kinh
R =2

a) Phuong trinh mit cau (S) c¢6 phuong trinh (x — 1)2 + (y + 3)% + (2 + 1)? = 4.

b) Hai diém A, B déu ndm ngoai mit cau (9).

. . 8 . V65
c) Khoéng céch tit tam [ dén trung diem cia doan thang AB ¢6 do 16n bang —

d) Phuong trinh mit cau tam A c6 duong kinh bing 4 c6 mit phing giao tuyén v6i mat cau (S) cé phuong
trinh la: z + 4y + 22 — 3 = 0.

Céau tréc nghiém trd 16i ngén

Cau 17. Trong khong gian v6i hé truc toa do Oxyz, cho cac phuong trinh sau:

(x =2+ (y+3)*+22=5(1)

224y 422 20+ 4y —62+1=0(2)

322 +3y2 +322 — 62+ 3y +21=0(3)

C6 tat ca bao nhiéu phuong trinh 13 phuong trinh mat cau KQ:

Cau 18. Trong khong gian véi hé truc toa do Oxyz, Biét cac gia tri m théa man dong thoi cdc phuong trinh sau
13 phuong trinh mit cau c6 dang m < % vam > c.

a) 22+ y? + 22 —2mz+2(m+ 1)y —4z+1=0.

b) 22 +y? + 22 — 2(m — 3)z — 4mz + 8 = 0.

Tinh téng G = 5a — b —c KQ:

Cau 19. Trong khong gian véi hé truc toa do Oxyz, cho mit cau (S) c6 phuong trinh 22452+ 22 +42—2y—4 = 0.
Tinh ban kinh R cta (5). KQ:

(@)

Cau 20. Trong khong gian v6i hée truc toa do Oxyz, c6 tat ca bao nhiéu gia tri nguyén m d
22+ y? + 22 + dma + 2my — 2mz + 9m? — 28 = 0 1a phuong trinh mat cau? KQ:
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Cau 21. Trong khong gian véi hé truc toa do Oxyz, xét mit cau (S) c6 phuong trinh dang x2 + 3% + 22 — 42 +

2y —2az +10a = 0. Tim cac gia tri thyc ctia a dé (S) c6 chu vi duong tron lén bing 87. KQ:

Cdu 22. Dau in phun ctia mot méy in 3D dang in bé mit ciia mot mit cau c6 phuong trinh: 22 4 32 + 22 + i

1 1 N . N
Ey + 2z 4+ 20 = 0. Tinh khoéng cach tir dau in phun dén tam mét cau. KQ:
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/[ 6
CAC SO DAC TRUNG DO MUC DO PHAN TAN
CUA MAU SO LIEU GHEP NHOM

XAC SUAT CO PIEU KIEN

[/
A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon
Cau 1. Cho hai bién ¢6 A, B c6 xac suat P(A4) = 0,4, P(B) = 0,6, P(AB) = 0,2. Tinh xac suat P(A|B).
1 1
0y 3 5 (©)0,3. (D)0,25.
Cau 2. Cho hai bién ¢6 A, B ¢6 x4c suat P(A) = 0,4, P(B) = 0,3, P(A | B) = 0,25. Tinh xac suat P(B | A).
(A)0,1875. (B)0,48. (©)0,333. (D)0,95.
Cau 3. Cho hai bién doc lap A, B véi P(A) = 0,8, P(B) = 0,25. Khi d6, P(A | B) béang
R)0,2. (B)0,3. (©)0,25. (D)0,75.

Cau 4. Cho mot hop kin ¢6 6 thé ATM ctia ACB va 4 thé ATM clia Vietcombank. Lay ngau nhién lan lugt 2 thé
(l4y khong hoan lai). Tim xac suat dé lan thit hai 1y duge thé ATM ciia Vietcombank néu biét 1an thit nhat da
lay dugc thé ATM ciia ACB.

1 2 2 4
@ ®3 ©5 OF
Cau 5. Mot nhoém 50 hoc sinh ¢6 23 ban biét choi cau 1ong ma khong biét choi béng da va 21 ban biét choi béng

d4 ma khong biét choi cau long. Biét ring mdi hoc sinh trong nhém nay biét choi béng da hodc cau long. Chon
ngau nhién mot hoc sinh trong nhém. Tinh xac suat hoc sinh nay biét choi béng d4, biét ring ban ay biét choi

cau long.
23 6 21 6
% ® 5% ) 7Y

Cau 6. Mot binh dung 3 bi xanh va 2 bi trang. Lay ngau nhién lan 1 mot vién bi (khong bd vao lai), roi lan 2
mot vien bi. Tinh xéc suit dé lan 1 14y mot vien bi xanh, 1an 2 14y mot vien bi tring.

1 1 1 3
OF ® ©3 i}
Cau 7. Mot cong ty dau thau 2 dy an. Kha nang thang thau clia cac dy an I va I1 lan lugt 12 0,4 va 0,5. Kha

nang thang thau ciia hai dit 4n 13 0,3. Goi A, B lan lugt 13 bién c¢6 thang thau dy an I va dy an I1. Biét cong ty
thang thau dy an I, tim xac suat cong ty thang thau dy an I7.

(R)0,25. (B)0,5. (©)0,75. (D)0,125.

Cau 8. Mot sinh vién lam 2 bai tap ké tiép. Xac suat lam ding bai thi nhat 1a 0,7. Néu lam diang bai thit nhat
thi kh& nang lam dung bai thit 2 14 0,8, nhung néu lam sai bai thit 1 thi kha nang lam dang bai thit 2 14 0,2. Tinh
xac suat sinh vien lam it nhat mot bai.

(A)0,903. (B)0,737. (©)0,76. (D)0,62.

Cau 9. Mot thu vien c6 35% tdng sb sach 1a sach khoa hoc, 14% tdng sb sach 1a sach khoa hoc tu nhién. Chon
ngau nhién mot quyén séch ctia thu vien. Tinh xéc suat dé quyén sach duge chon 1 sach khoa hoc tu nhién, biét
rang do 1a quyén sach vé khoa hoc.

R)0,2. (B)0,4. (©)0,4. (D)0,8.
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Cau 10. Trong mot ki thi, thi sinh duge phép thi 3 1an. Xac suat lan dau vudt qua ki thi 14 0,9. Néu truct lan
dau thi xac suat vugt qua ki thi lan hai 14 0,7. Néu truct ca hai 1lan thi xac suat vugt qua ki thi ¢ lan thit ba 1a
0,3. Tinh x4c suit dé thi sinh thi dau.

A)0,979. (B)0,97 . (©)0,79 . (D)0,797 .

Cau 11. Trong mot hop kin ¢6 7 chiée bt bi xanh va 5 chiée but bi den, céc chiée biit ¢6 cliing kich thuée va
khoi lugng. Ban Son 1ay ngau nhién mot chiéc but bi tit trong hop, khong tra lai. Sau dé ban Tung lay ngau nhién

mot trong 11 chiée bt con lai. Tinh xac suat dé Son lay duge bit bi den va Ting lay duge bt bi xanh.
139 G 35 25

Cau 12. Mot hop kin dung 20 tam thé giéng hét nhau danh s tir 1 dén 20. Mot ngudi rit ngau nhién ra mot
tam thé tir trong hop. Ngusi do dudc thong bao rang thé rit ra mang sé chin. Tinh xéc sudt dé ngusi do rit
dugc thé s6 10.

R)0,4. (B)0,3. (©)0,2. (D)0, 1.

B3 cau tréc nghiém diing sai

Cau 13. Hai xa thit An va Binh bin vao cting mot muc tiéu & hai thoi diém khac nhau véi xac sudt ban trang
muc tieu lan lugt 1a 0,6 va 0,7. Xét cac bién ¢
A: “Xa thit An ban tring muc tiéu”;
B: “Xa tht Binh ban tring muc tieu ”.
Xét tinh ding sai clia cac khéng dinh sau?
a) P(A) =0,6; P(B) =0,7.
b) Hai bién c6 A, B 1a doc lap.
c) Xac suét ca hai xa thit déu khong ban tring muc tieu la 0,42.
d) Xac suét ca hai xa thit déu ban tring muc tiéu la 0,58.

Cau 14. Mot xa thii bin vao bia s6 1 va bia s6 2. X4ac suat dé xa thii d6 ban trang bia s6 1, bia s6 2 lan lugt 1a
0,8; 0,9. Xac suat dé xa thii d6 bin tring ca hai bia 14 0,8. Xét hai bién c¢b

® A: “Xa thtt d6 ban tring bia s6 17;
©® B:“Xa thi d6 ban tring bia s6 2.

Xét tinh ding sai clia cac khéng dinh sau?
a) Hai bién c6 A va B c6 doc lap.
b) Biét xa thi d6 ban tring bia s6 1 thi xac suat xa thit d6 ban tring bia s6 2 1a 0,72.
c) Biét xa thi d6 khong ban tring bia s6 1, thi xdc suat xa thit d6 ban tring bia s6 2 bang 0,9.
d) Biét xa thi d6 khong ban tring bia s6 1 thi xac suat xa thi d6 ban khong tring bia s6 2 bang 0,9.

Cau 15. Mot 16p hoc ¢6 17 hoc sinh nam va 24 hoc sinh nit. Co gido goi ngdu nhien lan lugt 2 hoc sinh (c6 thit
ty) len tra 10i cau hoi. Xét cac bién ¢
A: “Lan thi nhat co gigo goi 1 hoc sinh nam”;
B: “Lan tht hai ¢6 gido goi 1 hoc sinh nit”.
Xét tinh ding sai ctia cac khing dinh sau?
a) P(B| A) =0,575. b) P(B| A) = 0,6. c) P(B|A) =0,425. d) P(B| A) =0,4.

Cau 16. Gieo mot xtic xic can ddi va dong chat 1 1an. Xét cac bién co:
A: “Mat xuat hieén clia xtic xac ghi s6 57
B: “Mat xuat hién clia xic xic ghi s6 18"
Xét tinh ding sai clia cic khéng dinh sau?

a) P(4) = . b) P(AmB):é. ¢) P(B|A)=1. d) P(A|B):%.
Cau 17. Mot cita hang kinh doanh t6 chiic rit tham tring thudng cho hai loai san pham. Ti 1é tring thudng ctia
cac loai san pham I, II 1an luot 1a 6%; 4%. Trong mot hop kin gdm cac tham ciing loai, ngudi ta dé 1an 1on 200
chiéc tham cho sdn pham loai I v& 300 chiéc tham cho sdn pham loai II. Mot khach hang 1y ngiu nhién 1 chiéc
tham tit chiéc hop d6. Xét tinh ding sai ctia cdc khidng dinh sau

a) Xac suat dé chiéc tham dugc lay ra la tring thudng bing 10%.

b) X&c suit tham dugc lay ra tring thudng 14 tham cho san pham loai I bang 6% .
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c) Xac suat tham dugc lay ra tring thudng 1 tham cho san pham loai IT bing 50%.
d) Kha ning lay ra duge tham tring thuéng la tham sian pham loai IT cao hon kha nang lay ra dugc tham
tring thudng la tham san pham loai I.

Cau 18. Mot phong nghién ctiu dude hoc cho 500 ngudi bi benh H dimg hai loai thube X, Y dé diéu tri. Mot sb

ngudi duge diéu tri bang thuée X va sd ngusi con lai duge diéu tri bang thuée Y. Két qua nghién citu duge trinh
bay 6 bang sau

Loai thudc
Tinh trang - X Y
Khéi bénh 180 190
Khong khoi bénh 60 70

Chon ngiu nhién mot ngudi trong s6 nay. Goi A 1a bién c¢6 "Ngudi duge chon khoéi bénh", B 1a bién c6 "Nguoi
dude chon diéu tri bang thuée X", C la bién c¢d "Ngudi dude chon diéu tri bang thue Y.
Xét tinh ding sai ctia cdc khing dinh sau?
a) Xac suat dé mot ngusi khoi benh khi diéu tri bing thude Y c6 ki hieu 1a P(A|B) .
3
b) P(4B) = .
L a2 N N P N 7
¢) Xéc xuat dé mot ngudi khoi bénh khi dieu tri bang thudc Y bang %
d) Thudc X c6 hieu qua hon thube Y trong diéu tri benh.

B cautrdc nghiém tré 15i ngén

Céu 19. Cho hai bién c6 A, B c6 xéc suét P(A) = 0,4, P(B) = 0,6; P(AB) = 0,2. Xac suit P(4 | B) = % véi %

la phan sb t6i gidn. Tinh M = a? + b°. KQ:

Cau 20. Mot cong ty bao hiém nhan thay c6 48% sb6 ngudi mua bao hiém 6 t6 14 phu nit va c6 36% s6 ngudi mua
béo hiém 6 t6 1a phu nit trén 45 tudi. Biét mot ngudi mua bao hiém 6 t6 14 phu ni, tinh xac sudt ngudi dé trén
45 tudi. KQ:

Cau 21. Mot nhém 5 hoc sinh nam va 4 hoc sinh nit tham gia lao dong trén san truong. Co gido chon ngau nhién
dong thoi 2 ban trong nhém di tuéi cay. Tinh xac sudt dé hai ban dugc chon c6 cling gi6i tinh, biét ring co it
nhat 1 ban nam duge chon. (Két qua lam tron dén hai chit s6 thap phan) KQ:

Cau 22. Két qua khao sat nhitng bénh nhan bi tai nan xe may vé mobi lien hé gitta viec doi mit bao hiém vi kha
nang bi chan thuong ving dau cho thay:

- Ti lé bénh nhan bi chan thuong ving dau khi gap tai nan 1a 80%;

- Ti lé benh nhan doi mi béo hiém ding cach khi gap tai nan 1a 90%;

- Ti le bénh nhan doi mii béo hiém ding cach bi chan thuong ving dau la 18%.

Hoi theo két qua diéu tra trén, viec doi mit bdo hiém ding céch sé lam gidm kha nang bi chan thuong ving dau

bao nhiéu lan? (Két qua lam tron dén hang phan muoi). KQ:

Cau 23. Mot cong ty dau thau 2 dy 4n. Kha nang thang thau clia cac dit an I va IT 1an luogt 1a 0,4 va 0,5. Kha
nang thang thau ctia hai dy an 1 0,3. Goi A, B lan lugt 1a bién c6 thing thau dy an I va dy an I1. Biét cong
ty khong thang thau dy an I, tim x4c suat cong ty thang thau dy an IT.(Két qua lam tron dén hai chit s6 thap

phan) KQ:

Cau 24. Hop thit nhat c6 4 vien bi xanh va 6 vién bi dé. Hop thit hai ¢6 5 vién bi xanh va 4 vién bi d6. Céac vién
bi c6 cling kich thuéc va khéi lugng. Lay ra ngau nhién 1 vieén bi tit hop thi nhat chuyén sang hop tht hai. Sau
d6 lai 1ay ra ngdu nhién 1 vién bi tit hop thit hai. S dung so d6 hinh cay, tinh xac suat clia bién c¢6 B: “Hai vién

bi lay ra c6 cing mau’. KQ:
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J 1. X&c sudt coé diéu kién Khi thainh céng ban néi gi cting dung

AL
 B-pi2

n Cau tréc nghiém nhiéu phuong @n lwa chon

Céu 1. Cho hai bién c6 A va B théa P(A) = 0,4; P(B) = 0,6; P (AN B) = 0,2. Tinh P (A|B).
1 1 1 1
Cau 2. Cho hai bién ¢6 A, B doc lap v6i nhau théa P(A) = 0,8; P(B) = 0,25. Khi d6 P (A|B) béng
R)0,2. (B)0,3. (©)0,25. (D)0,75.
Cau 3. Cho hai bién ¢6 A, B doc lap théa man P(A) = 0,6; P(B) = 0,8. Khi d6 P (B|A) bing
al 82 o 1
5 20 5 20°
Cau 4. Cho hai bién ¢6 A, B xung khic v6i nhau théa P(A) = 0,2; P(B) = 0,4. Khi d6 P (A|B) bang

(A)0,5. (B)0,2. (©)0,4. (D)o.

Cau 5. Trong mot ki thi hoc sinh giéi mon Toan cia mot tinh c¢6 200 hoc sinh tham gia, trong d6 c¢6 95 hoc sinh
nit va 105 hoc sinh nam. Két qua ctia ki thi cho biét ¢6 50 hoc sinh dat gidi (bao gom nhat, nhi va ba), trong do
¢6 24 hoc sinh nit va 26 hoc sinh nam. Chon ngau nhién mot hoc sinh trong sé 200 hoc sinh d6. Tinh xac suat dé
hoc sinh dugce chon c6 giai, biét ring hoc sinh d6 1a nam.
s 8k 2 2

35 95° 95 105°
Cau 6. Trong mot 16 hang 4o thun tron gom 1000 chiée clia mot cong ty dét may ¢6 100 4o thun c6 mau dé. Cac
40 thun dé dé gom c6 cac kich thuée 1a X, M va L, trong dé6 c6 30 4o kich thuée M. Chon ngiu nhién mot chiée
4o trong 16 hang dé. Gia sit chiéc 4o dugc chon 1a mau do, tinh x4c suat dé chiéc 4o d6 cé kich thuse M.

R)0,03. B)0,3. (©)0,01. (D)0,3.

Cau 7. Trong mot hop dung 500 chiée thé cling loai ¢6 200 chiéc thé mau vang. Trén mdi chiée thé mau vang c6
ghi mot trong nam s6: 1, 2, 3, 4, 5. C6 40 chiéc thé mau vang ghi s6 5. Chon ra ngau nhién mot chiéc thé trong
hop duyng thé. Gia stt chiée thé chon ra c6 mau vang. Tinh xac suat dé chiéc thé dé ghi s6 5.
2 4
0,2. —. 0.4. —.
@0 52 ©o i
Cau 8. Mot hop dung 8 vien bi mau dé va 5 vién bi mau vang (cac vien bi ¢6 kich thude va khoi lugng nhu
nhau). C6 5 vién bi trong hop duge danh s6, trong d6 ¢6 3 vien bi mau d6 va 2 vien bi mau vang. Lay ngau nhién
mot vien bi trong hop. Tinh xac sudt dé vien bi dude lay ra c6 mau do, biét ring vien bi dé duge danh sb.

R)0,4. (B)0,6. (©)0,2. (D)0,3.

Cau 9. Gieo lan lugt hai con xtic xic can déi va dong chat. Tinh xac suat dé tong s6 cham xuat hién trén hai
con xtic xac khong nhé hon 6, biét rang xtc xac thit nhat xuat hién mat 4 cham.

5 5 5 5
21 ®5 % OF
Cdu 10. Cho hai bién ¢6 A va B théa P(A) = 0,4; P(B) = 0,8; P (A|B) = 0,5. Tinh P(A|B).

R)0,4. (B)0,375. (©0,5. (D)0,625.

Cau 11. Mot cong ty vita ra mit san pham X va t6 chitc ngay trai nghiém sin pham. Ho théng ké dugc trong
200 ngudi dén tham quan ngay trai nghiem c6 60 ngudi 1a nam gidi va 140 ngudi la nit gidi. Trong s6 nhiing ngudi
duge théng ke nay, ¢6 120 ngudi mua san pham X, gom 40 khach hang nam va 80 khach hang ni, con lai 1a khong
mua san pham X. Chon ngiu nhién mot ngudi trong sé6 200 ngusi duge thong ké. Tinh xdc suat dé ngudi nay
mua san pham X, biét ring ngudi dugce chon la nit gidi.

2 7 2 4
@3 ® ©:; ©-.
Cau 12. Theo két qua tit tram nghién citu khi hau tai mot dia phuong, xac suat dé mot ngay c6 gi6 1a 0,6. Néu

ngay dé c6 gi6 thi xac suat c6 mua la 0,4. Tinh xac suat dé troi c6 gié nhung khong c6 mua & dia phuong dé
trong mot ngay.

R)0,6. (B)0,36. (©)0,24. (D)0,16.
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B3 cau tréc nghiém diing sai

y / J J

Cau 13. Cho A va B la hai bién ¢6 doc lap v6i P(A) = 0,7 va P(B) = 0,4. Xét tinh diing sai clia cac khang dinh

sau:
a) P(A|B) =0,6. b) P(B|A) = 0,4. c) P(A|B) =0,3. d) P(B|A) =0,6.

Cau 14. Cho A va B v6i P(A) = 0,4; P(B) = 0,8 va P(AB) = 0,4. Xét tinh diing sai clia cac khang dinh sau:
a) P(A|B) = % b) P(B|A) = % ¢) P(B|A) = % d) P(AB) = g

Cau 15. Mot cong ty truyen thong dau thay 2 dy an. Kha nang thang thau ctia dy 4n 114 0,5 va dy 4n 2 14 0,6.
Kha nang thing thau cd 2 dir 4n 14 0,4. Goi A, B lan lugt 13 bién c6 thang thau dy an 1 va 2. Xét tinh ding sai

ctia cac khang dinh sau:
a) A, B la hai bién c¢6 doc lap..
b) Xac xuat cong ty thang thau ding 1 dy an 1a 0,3.
c) Biét cong ty thang thau dy 4n 1, xac suat cong ty thing thau dy 4n 2 14 0,8.
d) Biét cong ty khong thang thau dy 4n 1, xac suat cong ty thing thau dy 4n 2 14 0,6.

Céu 16. O mot san bay, ngudi ta st dung mot loai may soi ty dong phat hien hang cam trong hanh 1f ki gti.
May phat chuong canh béo vdi 95% cac kién hanh 1f ¢6 chita hang cAm va 2% céac kién hanh 1i khong chita hang
cam. Ti lé cac kieén hanh 1 ¢6 chita hang cam 1a 0,1%. Chon ngdu nhién mot kién hanh 1i dé soi bing may trén.

Xét tinh ding sai clia cac ménh dé sau:
a) May khong phat chuong canh béo véi 5% cac kien hanh 1i ¢6 chita hang cam.
b) May khong phat chuong canh bao véi 98% cac kién hanh Ii khong chita hang cam.
¢) Xac suat chon duge kien hanh i ¢6 chita hang cdm va médy phat chuong canh bao 1a 0,0095.
d) Xac suét chon duge kien hanh 1i khong chita hang cAm va may phat chuong canh béo la 0,01998.

B cautrdc nghiém tré 15i ngén

Cau 17. Cho hai bién ¢6 A, B ¢6 P(A) =0,51; P(B) = 0,2; P(A|B) = 0,8. Tinh P(B|A), lam tron két qua dén

hang phan tram. KQ:

Cau 18. Cho hai bién ¢6 A, B ¢6 P(A) =0,8; P(B) = 0,5; P(AN B) = 0,2. Tinh x4c suét bién ¢6 B khong xay

ra v6i dieu kién bién c6 A x4y ra. KQ:

Cau 19. Gieo mot con xtc xic can doi va dong chat hai lan. Tinh xac suat dé tong s6 cham xuat hien

trong hai

lan gieo nhé hon 8. Biét rang con lan gieo thit nhat xuat hién mit 4 cham. KQ:

Cau 20. Mot cong ty bao hiém nhan thiy c6 56% s6 ngudi mua bao hiém sitc khée 1a phu nit va c¢6 42% sb6 ngusi
mua bao hiém stic khée la phu nit trén 50 tudi. Tinh ti lé ngusi trén 50 tudi trong s6 nhitng ngusi phu nit mua

béo hiém stic khde. KQ:

Cau 21. Tai mot khu phd c6 100 can nha, trong dé c6 40 cin nha gan bién s6 18. Biét ring c6 25 can nha gin
bién s6 1& va 15 nha gin bién s6 chin c6 6 to. Chon ngdu nhién mot nha trong khu phd d6. Tinh xéac suat nha

dugce chon gin bién s6 1é, biét rang nha dé khong c6 6 to. KQ:

Cau 22. Két qua mot cude khao sat cac vu tai nan giao thong 6 t6 vé moéi quan hé gitta viec thit day an toan
cua ngudi lai xe khi xay ra tai nan giao thong va nguy co tit vong ctia ngudi lai xe khi xay ra tai nan giao thong

cho thay:
© Ti lé nguoi 1ai xe tit vong khi xdy ra tai nan giao thong 1a 0, 4%.

©@ Ti lé ngusi 1ai xe khong that day an toan giao thong khi xdy ra tai nan giao thong 1a 28%.

@ Ti lé ngusi 1ai xe tt vong khi xdy ra tai nan giao thong trong truong hop khong that day an toan 13 0,3%.

Hoi theo két qua khao sat trén, viéc that day an toan clia nguoi lai xe 6 t6 sé lam gidm kha ning ti vong 1a bao

nhiéu 1an? (lam tron dén hang phan mudi). KQ:
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\9/ CONG THU'C XAC SUAT TOAN PHAN. CONG THU'C BAYES

A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho hai bién c6 A va B vé6i 0 < P(B) < 1. Khi d6 cong thﬁfc xéc suét toan phan cho bién ¢ A la
(A) P(4) )P(A|B) + P(B)P(A[B). B)P(A )P(A|B) + P(A)P(A|B).
©P(4) )P(A|B) + P(B)P(A[B). @P )P(A|B) + P(B)P(B|B).

Cau 2. Cho hai bién ¢6 A = A; + Ay va bién ¢ B = By + By biéu dién theo do ven nhu sau

Tinh x4c xuét cﬁa P(A).

®P(4) > (A1|By) + P(Ba)P(AL|By) B)P(A) = P(B)P(A|B.) + P(By)P(A|By).
(©P(A) = P(B)P(A1[B,) + P(B)P(As| By). (D)P(A) = P(AP(AB,) + P(B2)P(A|By).
Cau 3. Gia st hai bién ¢ A va B ngiu nhién théa man P(A) > 0 v6i 0 < P(B) < 1. Khi d6 cong thitc Bayes
1a
P(B)P(A|B) P(4)P(A|B)
A ! —. A — —.
BPAIB) = 55 4 PEPID) P = 5 G ) PO

©p(Bl4) = - T BIPAD) O p— T

P(B)P(A|B) + P(B)P(A|B)’ P(B)P(A|B) + P(B)P(A[B)
Cau 4. Trén ban c6 hai hop By va By déu dung da cam thach. Hop B; chita 7 vién xanh va 4 vién tring. Hop

Bs chita 3 vién xanh va 10 vién vang. Cac hop dudc sap xép sao cho xac suat chon hop By 1a 3 va xac suat chon

2 . N . P P

hop Bs la 3" Kathy bi bit mat va dugc yéu cau chon mot vién da cam thach. Co ay sé duge thuéng mot chiec TV
néu chon duge mot vien mau xanh. Xéac suat c¢o ay duge thudng mot chiéc TV mau xanh 1a bao nhiéu

i57 81 150 59

429° 429° 429° 429°
Cau 5. C6 0,5% dan s6 mac benh X. C6 mot xét nghiem dé phat hien benh X. Déi v6i nhitng ngudi méic bénh
X, Xac suat xét nghiem nay khong duong tinh 1a 2%. Déi voi nhitng nguodi khong mac bénh X, xdc suat xét
nghiém nay duong tinh 13 3%. Xac suat mot ngusi duge chon ngau nhién c6 két qua duong tinh véi xét nghiem

phat hién bénh X 1& bao nhiéu?
13 9 139 137 13

400° 4000 4000 200
Cadu 6. Mot cap sinh doi c6 thé do ciing mot tritng sinh ra (sinh doi that), hodc do hai triing khac nhau sinh ra
(sinh doi gid). Céac c@p sinh doi that luon cung gidi tinh. D6i v6i cap sinh doi gid thi kha ning cling gidi tinh va
khac gidi tinh 13 nhu nhau. Thong ké cho thay 34% cip sinh doi déu 1a trai, 30% cap sinh doi déu 1a gai, va 36%
cap sinh doi c¢6 gi6i tinh khac nhau. Tim xac suat sinh doi that?

) 0,29. (B)0,27. (©)0,28. (D)0,3.

Cau 7. Mot 16 hat giong duge chia lam 2 loai: loai 1 chiém 3 soO hat ctia 16, con lai 1a loai 2. Hat trong loai 1 c¢6
ti 1& ndy mam 1a 80%, loai 2 c6 ti lé ndy mam 13 60%. Hoi ti 1é ndy mam chung ciia 16 hat giéng nay 1a bao nhiéu?
(Hay néi cach khac: Ta lay ngau nhién tit 16 ra 1 hat giéng. Tim xac suat dé chon dugc hat ndy mam).

11 B 11 11 11

16 14 11 15
Cau 8. Mot tram cap cttu c¢6 80% nan nhan béng néng va 20% boéng do héa chat. Loai béng do néng c¢6 30%
bién chitng va béng do héa chat c6 50% bién chitng. Tim xac suit ciia nan nhan bi bién ching.

R)0,35. (B)0,36. (©)0,34. (D)0,37.
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Cau 9. Chuong ga thit nhat c6 9 con mai va 1 con trong. Chudng ga thit hai ¢6 1 con mai va 5 con tréng. Tu
mdi chuong ga bat ra ngau nhién mot con. Cac con ga con lai dude don vao chudng thit ba. Bat ngau nhién mot
con ga trong chudng thit ba. Tinh xac suat dé bat dugc ga trong.

3 8% 5 3

107" 105° 109" 105°

Cau 10. Day chuyén lap rap duge cac chi tiét do hai may san xuat. Trung binh méy thi nhat cung cap 60% chi
tiét, may tht hai cung cap 40% chi tiét. Khodng 90% chi tiét do may thit nhat sin xuét la dat tieu chuan, con
85% chi tiét do may thit hai san xuat la dat tieu chuan. LAy ngdu nhién tir day chuyén mot san pham, lay né dat
tieu chuan. Tim x4c suat dé san pham dé do may thit nhat san xuét.

(A)0,713. (B)0,715. (€)0,814. (D)0,614.

Cau 11. Tan gio hoc budi chiéu mot sinh vien c¢6 60% vé nha ngay, nhung do gid cao diém nén c6 30% ngay bi
tac duong nén bi vé nha muon (tir 30 phit trd lén) con 20% sd ngay sinh vien d6 vao quén Internet canh truong
dé choi game, nhitng ngay nay xac suat vé nha muon la 80%. Con lai nhitng ngay khéc sinh vien d6 di choi véi
ban beé c6 xac suat vé muon 1a 90%. Tinh xac suat sinh vién dé di choi v6i ban va vé muon.

(A)0,275. (B)0,575. (©)0,375. (D)0,475.

Cau 12. Day chuyén lip rap may vo tuyén dién gdm cac linh kién 13 sin pham tit 2 nha may san xudt ra. S6
linh kien nha méy 1 san xuét chiém 55%, s6 linh kién nha may 2 san xuat chiém 45%; ty lé san pham dat tieu
chuan ctia nha may 1 14 90%, nha may 2 14 87%. Lay ngau nhién ra 1 linh kién tit day chuyén 1ap rap do ra kiém
tra thi dugc két qua linh kién dat chuan. Tim xac suit dé linh kien d6 do nha méy 1 san xuat?

(A)0,6683. (B)0,5583. (€)0,7583. (D)0,4583.

B3 cau tréc nghiém diing sai

Cau 13. Ngudi ta khao sat kha nang choi nhac cu clia mot nhém hoc sinh tai truong X. Nhém nay c6 60% hoc
sinh 13 nam. Két qua khao sat cho thay c6 20% hoc sinh nam va 15% hoc sinh nit biét chaoi it nhat mot nhac cu.
Chon ngau nhién mot hoc sinh trong nhém nay. Goi A 1a bién ¢6 “Chon duge mot hoc sinh biét choi it nhat mot
nhac cu” vd B, B lan lugt 1a céc bién ¢ “Chon duge mot hoc sinh nam” va “Chon duge mot hoc sinh ni”.

a) Xac suat P(B) = 60% = 0,6.

b) P(A|B) = 0,8,

c) P(4|B) =0,15.

d) Xac suat dé chon duge hoc sinh biét choi it nhat mot nhac cu 1a 18%.

Cau 14. Két qua khao sat tai mot xa cho thay c6 20% cu dan hut thudc 14. Ti Ié cu dan thudng xuyén gip cac
van dé sitc khoé vé duong ho hap trong s6 nhitng ngudi hit thude 14 va khong hat thude 14 1an lugt 14 70%, 15%.
Gia stt ta gap mot cu dan clia xa, goi A 1 bién ¢6 “Ngudi d6 c6 hit thude 147 va B 1a bién ¢6 “Ngudi d6 thuong
xuyén gap cac van deé siic khoé vé duong ho hap”.
a) P(AB) = 0,13.
b) P(AB) = 0,14.
c) Néu ta gidp mot cu dan clia xa thi x4c suat ngusi d6 thudng xuyén gip céc van dé siic khoé vé duong ho
hép 13 0,26.
d) Néu ta gap mot cu dan ctia xa thuong xuyén gip cac van dé siic khoé vé duong ho hap thi xac suat ngusi
d6 c6 hit thude 14 xap xi 54%.

Cau 15. Xac suat dé mot chuyén bay khsi hanh ding gio 1a P(D) = 0,83; xac suat dé né dén ding gio 1a
P(A) = 0,82; x4c suat dé n6 khéi hanh va dén déu ding gis 1a P(D N A) = 0,78.

a) Xac suat dé mot may bay dén ding gid biét ring n6é da khsi hanh ding gis 1a 0,94.

b) X&c suat dé mot may bay khéi hanh ding gio biét rang né sé dén dung gio 1a 0,85.

c) Xé&c suat dé mot may bay dén ding gid biét ring né khéi hanh khong ding gio 1a 0,24.

d) Xac suat dé mot may bay khéi hanh ding gid biét ring né sé dén khong ding gio 1a 0,95.

Cau 16. Cho hai bién ¢6 A, B sao cho P(A4) = 0,6; P(B) =0,4; P(A| B) =0,3.
a) P(B|A)=0,.. b) P(A| B) =0,8. c) P(B|A)=0g8. d) P(BNA) =0,24.
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Cédu tréc nghiém trd 18i ngén

Cau 17. C6 7 hop bi, trong d6 c¢6 4 hop loai 1, 3 hop loai 2. Mi hop loai 1 ¢6 3 bi trang va 5 bi d6, méi hop loai
2 ¢6 4 bi trang va 6 bi dé. Chon ngau nhién 1 hop va tit d6 1ay ra 1 bi thi duge bi tring. Tim xac suat dé bi lay

ra nay thuoc hop loai 2. (Lam tron dén két qua hang phan tram). KQ:

Cau 18. Trong 12 xa thii ¢c6 5 ngudi ban tring hong tam véi xac suat 0,8; 7 ngudi ban tring hong tam véi xac
suat 0,7. Chon ngau nhién 1 xa thii. Tim x4c suat dé ngusi nay ban tring hong tam. (Lam tron dén két qua hang
phan tram). KQ:

Cau 19. C6 3 hop phan. Hop thit nhat c¢6 7 vién trang va 3 vién vang; hop thi hai c¢6 16 vién trang va 4 vién
vang; hop thit 3 ¢6 22 vién trang va 8 vién vang. Ta tung dong thoi 3 dong xu can déi va dong chat: néu dudge ca
3 mit sap thi chon hop thi nhat; néu duge 1 mit sip va 2 mit nglia thi chon hop thi hai; truong hop con lai thi
chon hop thit ba. Tit hop da chon ta lay ngau nhién ra 1 vien phan. Tinh x4c suat dé liy dudc vien phan tring.

(Lam tron dén két qua hang phan tram). KQ:

Cau 20. Mot loai linh kién do 3 nha may s6 I, s6 I1, s6 I11 cung san xuat. TY 1¢ phé pham ctia caAc nha may
lan lugt 1a I: 0,04; I1: 0,03 va I11: 0,05. Trong 1 16 linh kien dé 1an Ion 80 sin pham ciia nha may s6 I, 120 clia
nha may s6 17 va 100 ctia nha may s6 IT11. Mot khach hang 14y ngau nhién 1 linh kién tit 16 hang d6. Tinh Xac
suat dé dugc linh kien t6t? (Lam tron dén két qua hang phan tram). KQ:

Cau 21. Mot loai linh kién do 3 nha may s6 I, s6 I1, s6 I11 cung san xuat. TY 1é phé pham ctia cac nha may
lan lugt la: I: 0,04; I1: 0,03 va III: 0,05. Trong 1 16 linh kién dé 1an 1on 80 san pham ctia nha may sé I, 120
ctia nha may s6 I va 100 ctia nha may s6 II1. Khach hang lay phai mot linh kién loai phé pham tit 16 hang
d6. Kha nang linh kién d6 do nha may ndo san xuat la cao nhat? (Lam tron dén két qud hang phan tram).

KQ:

Cau 22. Trong 1 dam dong, s6 ngudi nam bang s6 ngudi nit. Xac suat mac can thi clia nam 13 0,4 va nit 1a 0,6.
Chon ngiu nhién 1 nguoi. Xac suat chon duge nam khong can thi. (Lam tron dén két qua hang phan tram).

KQ:
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AL =

o Cau tréc nghiém nhiéu phuong @n lwa chon

. 2 1 o
Cau 1. Cho P(4) = 5 P(B|A) = 3 P(B|A) = T Gia tri ctia P(B) la
19 17 9 7
& ® % % 0

Céu 2. Cho hai bién 6 A, B véi P(B) = 0,6; P(A | B) = 0,7 va P(A | B) = 0,4. Khi d6, P(A) bing
@R)0,7. (B)0,4. (©)0,58. (D)0,52.

Cau 3. Theo cong thiic Bayes ta c6

R ®r5| 4= I
_P(A)-P(B|A) _P(B)-P(A|B)
(©P(A|B) = FE (D)P(A|B) = B CA) .
Céu 4. Cho P(A) — %; P(B| A) = ;; P(B| 4) = % Gia tri ciia P(A | B) I
33 32 9 26

Cau 5. Ti lé ngusi dan da tiém vac xin phong bénh A 6 mot dia phuong 1a 65%. Trong sé nhitng ngudi da tiem
phong, ti 1é mac benh A 13 5% con trong sd nhitng ngudi chua tiém, ti lé mac bénh A 1a 17%. Gap ngau nhién
mot ngudi ¢ dia phuong dé. Xac suat ngudi d6 mac bénh A 13

(A)0,0325. (B)0,018. (©)0,092. (D)0,0525.

Cau 6. Mot nha may c6 hai phan xuéng I va II. Phan xudng I san xuit 40% s6 san pham va phan xudng II sin
xuat 60% s san pham. Ti 1é san pham bi 16i ctia phan xudng I 14 2% va cia phan xudng 1I 1 1%. Kiém tra ngiu
nhién 1 sin pham ciia nha may va xac suat dé san pham dé bi 16i 1a

(A)0,02. (B)0,6. (©)0,014. (D)0,01.

Cau 7. Mot bénh vién c6 hai phong kham 1a phong A va phong B vé6i kha ning lya chon ctia bénh nhan 1a nhu
nhau. Ti lé bénh nhan nam c6 & phong A va phong B lan lugt 1a 60% va 40%. Mot ngusi bénh dude chon ngau
nhiéu tit hai phong kham va biét ngudi nay 1a nam, xac suat dé ngudi bénh duge chon dén tit phong A 1a

R)0,6. (B)0,5. (©)0,4. (D)0,3.

Cau 8. Cho A, B la céc bién ¢ thda man P(AN B) = 0,35; P(A) = 0,25; P(B) = 0,6. Gia tri clia P(A|B)
bang
1 1 7 2
®-. 3 = OF
Cau 9. Mot benh vien dang xét nghiem cho mot sé6 bénh nhan dé xac dinh liéu ho ¢6 nhiém virus X hay khong.
Xéc sudt dé mot benh nhan bi nhiém virus X 1a 0,05. Khi xét nghiém, néu mot bénh nhan bi nhiém thi xac suat
dé két qua xét nghiem duong tinh 13 0,95. Néu mot bénh nhan khong bi nhiém thi xac suat dé két qua xét nghiem

am tinh 14 0,98. Mot benh nhan duge chon ngdu nhieén va c6 két qua xét nghiem duong tinh. Xéac suat dé benh
nhan dé thuc sy bi nhiém virus X 1a

133 19 5} 2

2000 ® 400° © 7 © 7
Cau 10. Két qua khéo sat tai mot xa cho thay c¢6 20% cu dan hat thude 14. Ti 1é cu dan thuong xuyén gap cac
van dé sttc khoé vé dudng ho hap trong s6 nhitng ngudsi hit thudc 14 va khong hit thude 14 1an lugt 1a 70%, 15%.

Ti lé gap mot cut dan ciia xa thi xac suat ngudi dé thuong xuyén gap cac van deé stc khoé vé duong ho hap 1a bao
nhiéu phan tram?

(R)26%. (B)12%. (€)68%. (D)24%.

Céau 11. O mot dia phuong X, xéc suat dé mot nguvi 16n trén 40 tudi mic benh ung thu la 0,05. Xéac suat bac si
chan doan ding mot ngudi mic bénh ung thu 1a 0,78 va chan doan sai (khong bi ung thu nhung duge chan doan
mac bénh) 1a 0,06. Xac suit dé mot ngudi that sy méac benh ung thu khi nhan duge két qua chan doan bi ung
thu bang

(A)0,40625. (B)0,096. (©)0,904. (D)0,59375.
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JQ. Cong thie xdc sudt todn phén. Cong thirc Bayes Khi thainh céng ban néi gi cting dung

y 4 J J
Cau 12. Trung tam kiém sodt va phong ngita dich bénh Hoa Ky (Centers for Disease Control and Prevention,

viét tat 1a (CDC) théng ké vao thai diém nam 2020 — 2021 vé s6 lugng séc phan vé sau khi tiem vaccine ¢ mot

s6 noi tai Hoa K3 va chau Au nhu sau: Trong 360,19 triéu liéu vaccine P dugc st dung c6 581 ca s6c phan vé (co

kh& nang gay tit vong) va 4259 ca phan ing phu (khong sdc phan ve, khong gay tit vong); trong 67,72 trieu lieu
vaccine A duge st dung c¢6 195 ca soc phan vé va 1118 ca phan ting phuy.

(Nguon: https://www.ncbi.nlm.nih.gov/pme/articles/PMC8626274/)

A)1,9-107. (B)2,8-1075. (©)1,81-107°. (D)2,81-1076.

B3 cau trdc nghiém diing sai

Cau 13. Ti lé nguoi dan da tiém vac xin phong bénh A & mot dia phuong 14 75%. Trong s6 nhitng ngudi da tiem
phong, ti lé mac bénh A 14 10%; trong s6 nhitng ngudi chua tiém phong, ti 16 mac bénh A 1a 32%. Chon ngau
nhién mot ngusi ¢ dia phuong dé. Goi A 14 bién c6: “Nguoi duge chon da tiém vic xin phong bénh” va B la bién
c6: “Ngudi duge chon mic bénh A”.

16

a) P(A) =0,25. b) P (B|A) =0,1. c) P (BJA) =0,32. d) P (A|B) = T

Céu 14. G mot dia phuong, tf 16 nam va nit 1a 2 : 3. S6 ngudi méc béenh bach tang ciia dia phuong nay chiém tf
le 0,45% dan cu. Biét ti lé nit gi6i mac bénh bach tang 1a 0,35%. Xét phép thit chon ngau nhién mot ngusi § dia
phuong, goi

® A la bién c6 “Nguoi dude chon mac bénh bach tang”;

©@ B la bién ¢6 “Nguoi duge chon 1a nam”.

a) P(B) = g b) P(A) = 0,35%.
c) P(A) =P(B)-P(A|B)+P(B)-P(AlB). d) Ti l¢ nam giéi mic bénh bach tang bang 0,65%.

Cau 15. Ban Nam tham gia mot gian hang tro choi dan gian trong hoi xuan ctia truong. Tro choi ¢6 hai lugt
choi. Xac suat dé Nam thang & lugt choi thit nhat 14 0,6. Néu Nam thing & lugt choi thit nhat thi xac suat Nam
thang & lugt choi thit hai 13 0,8. Ngudc lai, néu Nam thua & lugt choi thit nhat thi xac suat Nam thing & lugt choi
thit hai 1a 0,3. Xét cac bién cb

® A: “Nam thang & lugt choi thit nhat”.
©@ B: “Nam thang & lugt choi thit hai”.

a) P(A)=0,8.

b) P (B|A) = 0,6.

c) P(BJ|4) =0,3.

d) Xac suat Nam thiang & lugt choi thit nhat khi da thang & lugt choi thit hai 1a khoang 80%.

Cau 16. Mot loai linh kien do hai nha may s6 I, s6 II ciing san xuat. Ti lé phé pham ctia cdc nha may I, II lan
lugt 15 4%; 3%. Trong mot 16 linh kien dé 1an 1on 80 san pham ciia nha méy s6 I va 120 san pham ciia nha méy
s6 II. Mot khach hang 1ay ngau nhién mot linh lién tit 16 hang d6. Xét cac bién cb sau

© A:“Linh kién 1y ra la linh kién tot”.

®@ Bj: “Linh kién 1y ra la linh kién tit nha may so I”.
@ Bs: “Linh kién 1ay ra 1 linh kién tit nha may so II7.
a) P(Bl) = 0,4.

b) P (A|B2) = 0,97.

c) P(A) = 0,966.

d) Néu linh kién dugc lay ra I3 linh kien phé pham thi x4c suat linh kién d6 do nha may IT sdn xuit 1a cao
nhat.
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J Phén 6. CAC SO DAC TRUNG DO MUC DO PHAN TAN CUA MAU SO LIEU GHEP NHOM Khi thainh céng ban néi gi cting dung

y / J J

Cédu tréc nghiém trd 18i ngén

Cau 17. Khi phat hién mot vat thé bay, xac suat mot hé théng radar phat canh bao 1a 0,9 néu vat thé bay dé la
muc tiéu that va 13 0,05 néu dé la muc tieu gia. C6 99% céc vat thé bay 1a muc tieu gia. Tinh xéc suat dé radar

phét hién canh bao khi phat hien mot vat thé bay (Lam tron dén hang phan tram). KQ:

Cau 18. Mot loai vaccine dugc tiem & dia phuong X. Nguoi c6 bénh nén thi véi xac suat 0,35 c6 phan tng phu
sau tiém, nguoi khong c6 bénh nén thi chi c6 phan tng phu sau tiém véi xac suat 0,16. Chon ngiu nhién mot
ngudi dude tiem vaccine. Tinh xac suat ngudi ndy c¢6 phan tng phu, biét rang ti lé ngudi c6 bénh nén & dia phuong
X 1a 18%. (Lam tron dén hang phan tram). KQ:

Cau 19. C6 hai chuong thé. Chuong I c¢6 5 con thé den va 10 con théd trang. Chuong II ¢6 7 con thé den va 3
con tho trang. Trudc tieén, tit chuong I 14y ra ngau nhién 1 con thé rdi cho vao chudng I. Sau dé, tit chuong I 1ay
ra ngau nhién 1 con thé. Tinh xac suat dé con thé duge lay ra la con thé trang (Lam tron dén hang phan tram).

KQ:

Cau 20. Ngudi ta diéu tra thiy ¢ mot dia phuong no c6 2% tai xé stt dung dién thoai di dong khi 1ai xe. Trong céc
vi1 tai nan 6 dia phuong dé, ngudi ta nhan thay c6 10% 1a do tai xé c6 sit dung dién thoai khi 1ai xe gay ra. Hoi viec

st dung dién thoai di dong khi 14i xe lam ting xac suat gay tai nan lén bao nhiéu 1lan? KQ:

Cau 21. Tilé nguoi dan da tiém vic xin phong bénh A & mot dia phuong 1 65%. Trong s6 nhitng ngudi da tiem
phong, ti 1é mac bénh A 134 5% con trong s6 nhitng ngudi chua tiém, ti 1é mac bénh A 1a 17%. G#p ngiu nhién
mot ngudi & dia phuong dé. Biét rang ngudi d6 mac bénh X. Khi d6 xac suat ngudi dé khong tiem vac xin phong
benh X ¢6 dang % Gid tri b— a 1a? KQ:

Cau 22. O mot khu ring no c¢6 7 chi Iin, trong dé c¢6 4 chi ludn néi that, 3 chi con lai néi that véi xac suat
0,5. Ban Tuyét gap ngau nhién mot chi lun. Goi A 1a bién ¢ “Chi lin d6 luon néi that” va B 1a bién ¢6 “Cha lun
d6 ty nhan minh luon néi that”. Biét rang cht lin ma ban Tuyét giap tit nhan minh 13 ngudi luon néi that. Tinh

xac suat dé chi lun d6 luon noi that (lam tron hai chit s6 thap phan). KQ:
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y Khi thanh céng ban ndi gi cing ddng

y / J J

-/ 7
ON TAP CHUONG

ON TAP CHUONG 1

[/
A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Ham s6 y = —23 4 322 — 1 dong bién trén khoang
(B) (—00;0) va (2;+00).  (B)(0;3). (©)(0;2). (D) (1; +00).

20— 4

N

Cau 2. Dudng tiém can ngang ctia do thi ham s6 y =

+2
@yz?. iL‘=2. @xz—?. @y:—Q.

Cau 3. Cho ham s6 y = f(x) c6 bang bién thién nhu sau.

T —00 -1 2 +oo

y + 0 - 0 +

4
00 3

+oo

Gia tri cuc tiéu ctia ham s6 bing

B 4. B)2. (©-1. (D)3.
Cau 4.
Duong cong trong hinh vé bén 14 dd thi ctia ham s6 nao dudi day? y

@y:—x3—3x2+2. y:—x3+31‘2—2.
©y=x4—m2—2. @y:—x4+x2—2. 0

Cau 5. Tim céc gia tri m dé ham s6 y = 2> — ma — 2 dat cuc dai tai z = —2.

B 4. B)12. (©) —4. (D)—12.

Cau 6.
Y /
Cho ham s6 f(z) ¢6 dao ham f'(x) xac dinh tréen R. Ham s6 y = f/(z) ¢6 do thi nhu f'(x)
hinh bén. Héi ham s6 y = f(x) c6 bao nhiéu diém cic tri?
@B 2. 3. (©)4. D)1.
-1[ o0 2 x

Cau 7. Cho ham s6 f c6 dao ham f/(z) = (z + 1)?(x — 2)3(2x + 3). Tim s6 diém cyc tri cia ham s6 f.

A 3. B)2. ©1. D)o.

. . .2
Céu 8. Db thi ham s6 y = —

2. B)1. (©3. D)o.
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J Ph&n 7. ON TAP CHUONG Khi thainh céng ban néi gi cing ding

y / J J

Cau 9. Ham s6 nao dudi day dong bién trén R?
z—1
By =z a2 By =2* = ©y="5. Dy=2*+.

T+2
Cau 10.
Cho ham s6 y = f(z) lién tuc trén R va ¢6 do thi nhu hinh bén. Phuong trinh f(z) = 7 ¢6
bao nhiéu nghiém thyc phan biét?

®)3. ®)4. ©:2. D1

e @

w

~ . A ) ) , e x . 4 5
Cau 11. C6 bao nhiéu gia tri nguyen ctia tham sé m sao cho ting v6i mdi m, ham s6 y = —23 4 322 — 3ma + 3

c6 ding mot diém cye tri thuoce khoang (—2;5)?

@) 16. (B)6. ©n17. @7.

~ Z 1 £ . . o Z 2 X . - ~ .
Cau 12. Cho ham s6 y = L Tim tat cad cac gid tri ctia tham so m dé do thi c6 ba dudng tiém
22 — 2mzx + 4
can.
-2
m < —2 5 m< m < =2
vam # ——. m > 2. . .
@ m> 2 7 9 B m # _g @ m > 2

B3 cau trdc nghiém diing sai

R . 2420 —2
Céu 13. Cho ham sb y = %

a) Tap xac dinh clia ham s6 1a 2 =R\ {1}.
b) ¥y =0« 2 =0 hoac z = 2.
c) Duodng thing y = z 1a tiém can xién ciia do thi ham s6.

. C4c phat biéu sau day ding hay sai?

d) S6 gia tri nguyén ctia tham s6 m dé phuong trinh |f(x)| — m = 0 c¢6 4 nghiém bé hon 1 1a 3.
Cau 14.

£ ar® +bx +c
Cho ha oYy = =

o ham s6 y = f(z) Y 7
thi nhu hinh bén. Xét tinh dang hay sai ctia cac khang dinh sau

a) = =0 1a mot dudng tiém can ding ctia do thi ham so.

(v6i a, b, ¢, V' 1a cac s6 thuc) c¢6 do

b) Ham s6 di cho c6 mot diém cuec tri.
c) y = x la mot dudng tiém can xién ctia do thi ham s6.
d) Céac he sb a, b, ¢, V' ¢6 tat ca 1a 3 s6 duong .

T
Cau 15.
Cho ham s6 bac ba y = f(x) ¢6 do thi nhu hinh vé bén. M6i ménh dé sau day dang y
hay sai?
a) Phuong trinh f(z) = 0 ¢6 2 nghiém. f(x)
b) Phuong trinh f(z) =1 vo nghiém. tr==7 !
c) Phuong trinh f(z) + 1 =0 c6 2 nghiem. /\
d) Phuong trinh f(z) = x ¢6 3 nghiém. o} 1 \ z
S N PRI £ —4x +5 2 o1x . Py . . - P < 2 .
Cau 16. Cho ham s6 ham s6 y = i3 c6 do thi (C). Xét tinh dung hoac sai ciia cac khang dinh sau
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J 1. Ontap chuong 1 Khi thanh céng ban ndi gi cing ddng

y / J J

a) Ham s6 khong c6 cyc tri.

b) D6 thi ham s6 ¢6 tiem can ding z = —3.

¢) Do thi ham s6 ¢6 tiem can ngang y = —2.

d) Céac duong tiém can ctia do thi tao véi hai truc toa do mot hinh chit nhat c6 dién tich bang 3.

Cédu tréc nghiém trd 18i ngén

Cau 17.
Cho ham s6 bac bén y = f(x) c6 do thi la dudong cong trong hinh ben. C6 y
bao nhiéu gia tri nguyén ctia tham sd m sao cho ting v6i méi m, phuong trinh 5
2f(x) = m c6 4 nghiém thyc phan biet?
I O I x
| |
IR
KQ:
2
~ ) 2v+3 ‘. L N .
Cau 18. Hamsoy = % c6 tam doi xing 1a I(a; b). Gia tri 2a+b bang bao nhieu? KQ:
x
N . B me —2m—3 . N 2 . o P S 2
Cau 19. Cho ham s6 y = ———— v6i m la tham s6. Goi S 1a tap hgp tat ca céc gia tri nguyén ctiia m de
xr—m R
ham s6 dong bién trén cac khoang xac dinh. Tim s6 phan ti ciia S. KQ: ‘ | | | ‘

~ ) 1 . . , o . T s
Cau 20. Mot vat chuyén dong theo quy luat s = _§t3 + 6t% v6i t (giay) 1a khoang thoi gian tinh tit khi vat
bt dau chuyén dong va s (mét) la quing duong vat di chuyén dugc trong khoang thoi gian d6. Hoi trong
khoang thai gian 9 giay, ké tit khi bat dau chuyén dong, van toc 16n nhat ciia vat dat duge bing bao nhiéu m/s?
KQ:

Cau 21. Thé tich V clia 1 kg nude (tinh bing cm®) & nhiet do T (don vi: °C) khi T thay ddi tit °C' dén 30°C
duge cho xap xi béi cong thiic

V = 999,87 — 0,06426T + 0, 008504372 — 0,0000769T".

(Nguon: James Stewart, J. (2015). Calculus.Cengage Learning 8th edition, p.284)
Tim nhiét do Ty € (0;30) dé ké tir nhiet do Tp trd len thi thé tich V' tang (lam tron két qua dén hang don vi).

KQ:
Céau 22. Cho ham s6 f(x) c6 dao ham f/(x) = 22 — 82z. C6 bao nhiéu gia tri nguyen duong clia tham s6 m dé
ham s6 y = f (z* — 1822 + m) ¢6 dtng 7 cyc tri. KQ:
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J Ph&n 7. ON TAP CHUONG Khi thainh céng ban néi gi cing ding

y / J J

B-DE 2

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho ham s6 y = f(z) lien tuc trén R va ¢6 dao ham f'(z) = x + 1. Ham s6 da cho nghich bién trén
khoang nao dudi day?

@) (—o0; —1). B (—o0; 1). (©) (—1; +00). (D) (1;+00).

Cau 2.
Cho ham s6 y = f(x) xac dinh, lien tuc tren doan [—2;2] va ¢6 do thi la dudng cong y
trong hinh vé bén. Ham s6 f(z) dat cuc dai tai diém nao dusi day?
@5522. a::—l. @le. @sz. AT |
|
2\ gl
' 10 ; 2
R
------- 4
Cau 3. Gia tri nhé nhit ctia ham s6 f (z) = 23 — 21z trén doan [2;19] bing
(A) —36. (B)—14y/7. (©)14V/7. (D)—34.
Cau 4. Cho ham s6 y = f(x) c6 bang bién thien
T —00 -1 1 400
f'(z) + 0 - 0 +
2 400
—00 -2
Bang bién thién da cho 1a ctia ham s6 ndo sau day?
@yz—x3+3x. y=x3—3x. @y:—x4+2x2. @y=x4—2x2.
Caus.
Cho ham s6 y = f(x) ¢6 do thi nhu hinh vé bén. Ham s6 da cho dong bién trén khoang v,
@) (0:1). B) (—o0; 1) ©(-1). ©)(-1:0).

nao sau day? \ /
1 O ml 1

Céau 6. Cho ham s6 f(x) c6 dao ham f/(z) = z(z+1)(x —4)3, Vo € R. S6 diém citc tiéu ciia ham s6 da cho 13

A) 4. (B)3. ©1. (D)2.

~ . . 4
Cau 7. Tinh gia tri nh6 nhat ctia ham so6 y = 3x + 2 trén khoéng (0; +00).
@ min)y:3\3/§. (Omin)y:7. @ min yzﬁ. @(min y = 27/9.
;oo

(03400 (0;400) 5 0;+00)

Cau 8. Cho ham s6 y = f(z) ¢6 bang bién thien nhu sau
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J 1. Ontap chuong 1 Khi thanh céng ban ndi gi cing ddng

y / J J

T —00 1 +00
vy + +
+o00 5
2 3

Tdng s6 tiém can ngang va tiem can ding ctia do thi ham s6 da cho 1a
B 4. 1. (©)3. (D)2.

Cau 9.

Duong cong trong hinh vé bén 1& do thi ctia ham sé nao dudi day? Yy
@y=x4—2x2—1. y=x4+2x2—1.
©y=a3—22-1. D)y =—2*+22—1. \ /

Cau 10. S6 giao diém ctia do thi ham s6 y = 2> — 22 va d6 thi ham s6 y = —22 + 5z 1a
B2 (B)3. ©1. (D)o.
Cau 11.
Cho ham s6 bac boén y = f (z) c6 do thi 1a dudng cong trong hinh bén. S6 nghiém y
thuc phan biét ctia phuong trinh f (f (z)) =0 la

)12 (B)10. (©)s. (D)4. !

[\ ]/
S UAE

Cau 12.
Cho ham s6 y = f(z), ham s6 y = f(z) lién tuc trén R va ¢6 do thi nhu hinh y
vé bén. Bat phuong trinh f(z) < 2z +m (m la tham s6 thyc) nghiem ding véi 5 Y= f(x)

moi z € (0;2) khi va chi khi

B)m > £(0). ®m > f(2) - 4. (©m > £(0). @m > f(2) - 4.

B} cau tréc nghiém diing sai

Cdu 13. Cho ham s6 y = 23 — 322 4+ 1. Xét tinh ding, sai ciia cac khidng dinh sau
a) Ham s6 da cho dong bién trén khoang (—oo;0).
b) Ham s6 da cho nghich bién trén khoang (2; +0c0).
c) Gia tri cyc dai ctia ham s6 da cho bang 1.
d) Gia tri nh6 nhat ctia ham s6 da cho trén khodng (—oo; +00) bing 0.

2 —4x+3
x4 — 422 +3
a) Do thi ham s6 da cho luon c¢6 3 dudng tiém can ding.

b) Do thi ham s6 da cho luon ¢6 1 dudng tiém can ngang.

Cau 14. Cho ham s6 y = . Xét tinh ding, sai clia cdc khdng dinh sau

c) Do thi ham s da cho luon c¢6 5 dudng tiém can.
d) D6 thi ham s6 da cho ¢6 4 dudng tiem can.
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J Ph&n 7. ON TAP CHUONG Khi thainh céng ban néi gi cing ding

y / J J

Cau 15.
Cho d6 thi ham sb bac ba y = az3 + bz? + cx + d nhu hinh vé bén. Xét tinh dung, y
sai ctia cac khang dinh sau

a) Do thi ham s6 da cho luon ndm trén truc hoanh.

b) D6 thi ham s6 da cho c6 2 diém cuyc tri.

c) Do thi ham s6 da cho cit truc hoanh tai 3 diém phan biét.

d) D6 thi ham s6 da cho ¢6 2 s6 duong trong cac s6 a; b; ¢; d. O \ X

Cau 16.
Cho dd thi ham s6 bac bén y = f(x) = ax* +bx? +c(a # 0) c6 dang do6 thi nhu hinh y
beén. Xét tinh ding, sai ctia cac khing dinh sau
a) Do thi ham s6 da cho c¢6 3 diém cyc tri. \ 1
b) Do thi ham s6 da cho cit truc hoanh tai 2 diém phan biét.
c) Gia tri nho nhat ctia ham s6 trén toan tap xac dinh bang —3.
d) Phuong trinh |f(z)| = 7 ¢6 6 nghiém.

Cau tréc nghiém trd 1&i ngén
Cau 17. Tinh gia tri nhd nhét ctia ham s6 f(x) = 2® — 3z + 2 trén doan [—3;3].

Cau 18.

Cho ham s6 f(z) = az* + bx? 4 ¢ c6 dd thi la dudng cong trong hinh bén. C6 bao y
nhiéu gia tri nguyén thuoc doan [—2; 5] ctia tham s6 m dé phuong trinh f(z) = m c6

ding 2 nghiém thyc phan biét? .

Cau 19. C6 tat ca bao nhiéu gia tri nguyen ctia m dé ham s6
y =2+ (m—2)2® — (m? —4)z* + 1
dat cuc tiéu tai z = 07

Cau 20. Céc chuyeén gia y té wdc tinh sé ngudi nhiém virus corona ké tit ngay xuat hien bénh nhan dau tien dén
ngay thit ¢t 1a f(t) = 45t — 3 v6i (0 < ¢ < 25). Néu coi f(t) 1a mot ham xac dinh trén doan [0;25] thi ham f/(¢)
duge xem la tdc do truyén bénh (ngudi/ngay) tai thoi diém t. Xac dinh ngay ma téc do truyen bénh 13 16n nhat.

Céu 21. Cho ham s6 y = ~—

x
ABI c6 hai dinh A, B thuoc (C), doan thang AB c¢6 do dai biang bao nhi¢u? (két qua lam tron dén hang phan
tram).

. c6 dd thi (C). Goi I 1a giao diém ctia hai tigm can ctia (C). Xét tam gidc déu

Cau 22. Cho ham s6 y = f(z) c6 bang bién thién nhu sau

T —00 -1 0 1 400

y' - 0 + 0 - 0 +
+00 -1 +00
-2 -2
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y / J J

Phuong trinh 2f(sinz) + 3 = 0 ¢6 bao nhiéu nghiém thuoc doan [—m;27]?
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y / J J

ON TAP CHUONG 2

8
A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon

Céu 1. Cho tt dien ABCD. Goi M va P lan lugt 1a trung diém ctia ABva CD.Dat AB = b, AC = 2, AD = d.
Khang dinh nao sau day dang?

—> 1 — —
(&) MP == (c+d+b) MP:§(d +7-0).
> - — — 1 > — —
@MP:f(chb—d). @MPzi(c +d-b).
Céu 2. Cho hinh hop ABCD.A'B'C'D’ ¢6 tam O. Dit AB = @, BC = b. M la diém xéc dinh béi OM =
1
3 (a — b) Khing dinh nao sau day ding?
(A) M 1a trung diém BB'. M la tam hinh binh hanh BCC'B'.
(€ M 1a tam hinh binh hanh ABB'A'. (D) M 1a trung diém CC'.
Cau 3. Cho lang tru tam giac ABC.A'B'C’ ¢6 AA = @, AB = _b), AC = 2. Hay phan tich (biéu thi) vecto BC
qua cac vecto a, _b) c N R N N N N
@BC’—a+b— B)BC' = -3+ b — ©BC'=-G-b+¢ (DBC'=d—-b+7¢

Cau 4. Trong khong gian Oxyz, cho @ a= (1 —2; 2), (—2;0;3). Khing dinh nao dudi day la sai?
BT+ =(-1;,-25. BT—b= (©)37 = (3;-2;2). D)2 + b = (0;—4;7).
Cau 5. Cho ba diém A(1;3;5), B(2;0;1),C(0;9; 0). Toa do trong tdm G ciia tam gidec ABC 1a

(A) G(3;12;6). B)G(1;5;2). (©)G(1;0;5). (D)G(1;4;2)

Cau 6. Trong khong gian v6i hé truc toa do Ozyz cho ba vecto @ = (—1;1;0), b= (1;1;0), ¢ = (1;1;1). Ménh
dé nao dudi day sai?

@7 L2 B3| = V2. ©70 L3 D)2 =

Céu 7. Trong khong gian véi hé toa do Oxyz cho T =27 +37 — %. Toa do ciia 7 1a

2.
b=
—1).

BT = (2;—-1;3). B)Z = (—1;2;3). ©7 =(2:3-1). DT = (3;2;—1).
Cau 8. Trong khong gian Oxyz, cho hai diém A(2;1; 1), B(1;2;3). Do dai doan thing AB bing

(B)3v2. (B)18. ©) V3. (D)v22.
Cau 9. Trong khong gian Oxzyz, cho hai vecto @ va U tao vdi nhau mot géc 120° va |u| = 2,|7| = 5. Tinh
|7+ 7

&) V19. B)->5. ©7. (D)/39.
Cau 10. Trong khong gian v6i hé truc toa do Oxyz, cho hai vecto (2;3; —1) va U (5; —4;m). Timm dé © L ¥.

@m:O. m:2. @m:4. @m——

Cau 11. Trong khong gian véi he toa do Ozyz, cho ba vects @ = (—1;1;0), b= (1;1;0), ¢ = (1;1;1). Trong cac
ménh dé sau, ménh dé nao sai?

@B |7 = V2. B7 L. ©7bv L7z D)|c| =

Cadu 12. Trong khong gian v6i hé toa do Ozyz, cho cac diém A(3; —4;0), B(—1;1;3),C(3,1,0). Tim toa do diém
D trén truc hoanh sao cho AD = BC.

(R) D(—2;1;0), D(—4;0;0) . (B) D(0;0;0), D(—6;0;0) .
(€©) D(6;0;0), D(12;0;0) . (D) D(0;0;0), D(6; 0;0).

B} cau tréc nghiém diing sai
Cau 13.
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y / J J

Cho hinh hop ABCD.A;BiC1D;. Khids - A b
a) BC + BA = 3101 + BlAl b) AD + D1C; + D1A1 = DC. '
¢) BC + BA+ BB, = BD;. d) BA+ DD; + BD; = BC. B
D
B C
Cau 14. Trong khong g1an toa do Oﬁyz cho 3 vecto @ = (1;2;3); b= (0; ) ¢ =(1 5;2). Kh1 do
a) Toa do clia vecto W@ = @ + b -2l (0; —4;2). b) Toa do cta Vectd T =2d+3b+ 7 1a(3;6;11).
1
c) Gia tri @.¢ bang 17. d) Gia tri cos (a; b) 1a Wed

Cadu 15. Trong khong gian toa do Ozyz cho 3 diém A (0;1;—2); B (2;1;0);C (1;4;5). Khi d6
a) Toa do trong tam tam giac ABC la G (1;2;1).
b) Néu D c6 toa do (—1;4;3) thi ABCD 1a hinh binh hanh.

4
c) Cosin goc ABC la ——

7

d) Diém M thudc truc Oz sao cho MB = MC ¢6 toa do M (37 0; 0>

Cau 16. Trong khong gian vé6i he toa do Oxyz, cho cac diem M (—1;1;2); N (1;4;3); P (5;10;5). Khi d6

a) MN =+/14. b) Cac diém O, N, P thang hang.
c) Trung diém ctia NP 1a I (3;7;4). d) M, N, P la ba dinh cia mot tam giac.

Cau tréc nghiém trd 1&i ngén

Cau 17. Goi M, N lan lugt 1a trung diém ctia cac canh AC va BD ciia tit dien ABCD. Goi I la trung diém
doan MN va P la 1 diém bat ky trong khong gian. Tim gia tri ctia k thich hgp dién vao ding thic vecto:
Pl =k (PA+ PB+PC + PD) KQ:

Cadu 18. Cho hinh chép S.ABC ¢6 SA = SB = SC = AB = AC = a va BC = av/2. Tinh géc giita hai vecto
AB va SC. KQ:

Cau 19. Trong khong gian cho 2 vectd @ va b tao v6i nhau mot goc 120°. Biét rang |d| = 3 va

E’——b)‘. KQ:

Cadu 20. Trong khong gian toa do Oxzyz cho 2 vects @ = (z;2x — 3;2) va U = (y; —4;8). Tim 22 + y? biét ring
% va U ciing phuong.

Cau 21. Trong khong gian toa do Oxyz cho 3 diem A (2;5;3); B (3;7;4); C (x;y;6). Tinh o + y biét rang A, B,
C théng hang. KQ:

Cadu 22. Trong khong gian v6i hé toa do Ozyz, cho ba diém A (1;—-1;3), B (2; -3;5),C (—1; —2;6). Biét diém
M (a; b;c) thoa man MA+2MB —2MC = O, th T =a—b+c. KQ:
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AL =
 B-pi2

o Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho tit dien ABCD. Lay G la trong tam ctlia tam giac BC'D. Khing dinh nao sau day la sai?

(R BG+CG+DG=0. (B) AB + AC + AD = 3AG.

(©) BC + BD = 3BG. DGA+GB+GD=0.

Céu 2. Cho hinh hop ABCD.A'B'C'D'. Lay M la trung diém ctia doan thing CC'. Véc-to AM bing

(A)AB + AD + AA'. E’JDE’JF}@. @Ejtlzﬂ)ﬁr%ﬁ. @%Ehﬂ)@ﬂ.
Cau 3. 3. Cho hinh hop ABCD.A'B'C'D’. Khing dinh nao dudi i day sai?

(A)AB + CC" = AB. AB + AD + AA’ ACT

(©AD + BB = AD. D) AB +CC' = AC.

Cuu 4, Cho tit dien déu ABCD c6 do dai canh bing a, goi M 1a trung diém ctia doan thing C'D. Tich vo huéng
AB. AM bang
@ ®% ©% Of
T 5 3 .
Cau 5. Trong khong gian Oxyz, cho @ = (1' ;2), b= (—2;0;3). Khiang dinh nio dudi day la sai?

BT+ b=(-1;-25. BT—b= 2 —1) (©)37 = (3;-2;2). (D)27 + b = (0;—4; 7).
Cau 6. Trong khong gian Ozyz, cho hinh binh hanh ABCD ¢6 A(—1;0;3), B(2;1; —1) va C(3;2;2). Toa do diém
D la

®) (2;-1;0). (B)(0; -1;-6). (©)(0;1;6). D) (-2;1;0).

Cau 7. Trong khong gian Oxyz, cho A(1;0;—1), B(0; —1;2) va G(2;1;0). Biét tam gidc ABC c6 trong tam la
diém G. Toa do cta diém C la

@) (5;4; —1). (B)(—5; —4;1). ©(1;2;—1). D) (-1;-2;1).
Cau 8. Trong khong gian Oxyz, cho @ = (2;1; —3), b = (—2;—1;2). Tich vo huéng a - b bang

B 2. (B)-11. ©11. (D)2.
Cau 9. Trong khong gian Ozyz, cho @ = (2;1; —2), b = (0;—1;1). Géc gitta hai véc-to @, b bang

(R 60°. (B)135°. (©)120°. (D)45°.
Cau 10. Trong khong gian Oxyz, cho @ = (—2;2;2), b= (1; —1; —2). Co-sin ctia goc gitta hai véc-to @, b
bang

—2v2 2v/2 V2 V2

Cau 11. Trong khong gian Ozyz, cho tam gidc ABC ¢6 A(1;0;1), B (0;2;3),C (2;1;0). Do dai duong trung
tuyén AM 1a

@3 ® ©% ®%"

Cau 12. Cho ba luc I*T)’l, E), ?’3 lan lugt c6 cudng do 2N, 4N, 5N duge dat vao chat diém M. Biét ring goc tao
bdi hai lye bat ki trong ba lie déu bang 60°. Cudng do ctia hop lyc tac dung léen M 1a

(R)45N. (B)V45N. (©)V83N. (D)83N.

B3 cau trdc nghiém diing sai
Cdu 13. Cho tit dien ABCD. Khi d6 S
a) AB+CD = AC + DB. b) AC + BD = AB+CD.
¢) AD+ BC = AB + DC. d) BA+CD = BD + CA.
Cédu 14. Cho ba diém A(2;1; 1), B(3;2;0) va C(2; —1;3).
a) Ba diém A, B, C la ba dinh ciia mot tam giéc.
b) Chu vi tam gidc ABC khoéng 10,56.
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y / J J

5 3 )
c) Toa do M (5, 5 —2) la trung diém canh AB cia tam gidc ABC.
2 2

7
d) Toa do (_-_-_
) Toa do G 333

> la trong tam cia tam giac ABC.

Cau 15.

Mot chiéc den tron dudc treo song song véi miit phang ndm ngang bdi ba soi 0
day khong dan xuat phat tir diém O trén tran nha lan lugt budc vao ba diém
A, B, C trén den tron sao cho tam giac ABC déu (Hinh vé bén). Do dai clia
ba doan day OA, OB, OC déu bang L. Trong lugng ciia chiéc den 1a 24 N va
ban kinh ctia chiéc den 1a 18 in (1 inch = 2,54 cm). Goi F' 1a do 1én clia cac i - L
lyc cang i3t , y , F trén mdi sdi day. Khi d6 F = F(L) 1a mot ham sb vé6i bién
s 1a L. B 18 in

8L

V=T
b) Béng bién thién ctia ham s6 F = F(L) la

L 18 400
F/ —
+00

S N

a) Cong thitc tinh ham s6 F = F(L) =

8
c) Do thi ham s F = F(L) la

Yy l
|
|
8 |

_____________ O

16} |18 T
|

d) Biét ring méi sgi day dé dugc thiét ké dé chiu duge lyc cang ti da 1a 10 N. Chidu dai t6i thidu ctia méi sgi
day la 30 inch.

Céu 16. Cho hinh hop ABCD.A'B'C'D’ ¢6 tam O . Dit AB = @, BC = b. M 1a diém xac dinh béi OM =
1

5 (@—0). Khi do

2
a) M la tam hinh binh hanh ABB'A’. b) M la tam hinh binh hanh BCC'B'.
c) M la trung diém BB’ d) M la trung diém CC'.

Cau tréc nghiém trd 1oi ngén

Cau 17. Cho hinh lap phucng ABCD.A'B'C'D’ ¢6 canh bing a. Goi M, N lan lugt 1a trung diém ctia cic canh
AA" va CC'. Tinh goc gitta hai véc-to MN va AD'. KQ:

Cau18. Cho ¥ = (2;-5;3), ¥ = (0;2;,—1), ¥ = (1;7;2). Tim tung do cia vécto @ = U — 40 — 2W.
KQ:
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y J/ J J
Cau 19. Cho ba diém A(0;1;2), B(1;2;3), C(1;—2;—5). Goi M la diém nam trén doan thing BC sao cho
MB = 3MC. Tinh do dai ctia AM?. KQ:

Cdu 20. Trong khong gian Oxyz, cho cic diém A(2; —1;3), B(1;1; 1) va C(—1;0;2). Tinh o +y + 2 biét toa do
diém M (x;y; 2) thuoc truc Oz sao cho dudng thing BM vuong géc véi dusng thaing AC. KQ:

Cau 21.
Hinh minh\hoa SO dé/mot ngdi nha trong hé truc toa\d@ Oxyz, Q(2;5:4)

trong d6 nen nha, bon bitc tudng va hai mai nha deu 1a hinh

chit nhat. Tinh géc dbc clia mai nha, tic 1a tim s6 do clia

g6c nhi dién c6 canh la duong thing FG, hai mit 1an lugt 1a

(FGQP) va (FGHE) (1am tron két qua dén hang phan musi 7 </ ________2 G(4;5;3)
cia do).

E(0;0;3)

o T T RS SR B(4;5;0)

0(0;0;0) A z

KQ:

Cau 22. Trong khong gian Oxyz, lyc khong doi F =37+ 57 +10% lam di chuyén mot vat doc theo doan
thang tit M (1;0;2) dén N (5;3;8). Tim cong sinh ra néu khoang cach dugc tinh bing mét va lie duge tinh bang
newton. KQ:
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ON TAP CHUONG 3

'\e/
A-DE 1
n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho méiu s6 lieu ghép nhém c6 tit phan vi thi nhat, thit hai, thit ba lan lugt 1a Q1, Q2, Q3. Khoang tit
phan vi ctia mau sb lieu ghép nhéom dé bang

R 2Q-. B)Q1 — Qs. ©Q; - Q. D)Q3 + Q1 — Qo

Cdu 2. Mot vuon thi ghi lai tudi tho (don vi: nam) ctia 20 con hd va thu duge két qua nhu sau

Tuéi tho | [14;15) | [15:16) | [16;17) | [17; 18) | [18;19)
S6 con hd 1 3 8 6 2

Khoang bién thién ctia mau s6 lieu ghép nhém nay 1a
@B 3. 4. (©)s. (D)6.

Cadu 3. Mot vudn thi ghi lai tudi tho (don vi: nam) ctia 20 con hd va thu duge két qua nhu sau

Tuéi tho | [14;15) | [15:16) | [16;17) | [17;18) | [18;19)
S6 con hd 1 3 8 6 2

Nhém chita t@ phan vi thit nhat 1a
(A)[14;15). [15;16). (©)[16;17). (D)[17;18).

Cadu 4. Mot vuon thi ghi lai tudi tho (don vi: nam) ctia 20 con hd va thu duge két qua nhu sau

Tuéi tho | [14;15) | [15:16) | [16;17) | [17;18) | [18;19)
S6 con hd 1 3 8 6 2

Nhém chira t1@ phan vi thi ba la
(A) [15;16). [16;17). (©)[17;18). (D)[18;19).

Cau 5. Mot vuon thi ghi lai tudi tho (don vi: nam) ctia 20 con hd va thu duge két qua nhu sau

Tudi tho | [14;15) | [15:16) | [16;17) | [17;18) | [18;19)
S6 con hd 1 3 8 6 2

S6 dac trung nao khong st dung thong tin ciia nhém s6 lieu dau tién v nhom sb lieu cudi ciing.
@ Khoang bién thien. Khoéng t@ phan vi. @Phu’dng sai. @DC) lech chuan.

Cadu 6. Mot vuon thi ghi lai tudi tho (don vi: nam) ctia 20 con hd va thu duge két qua nhu sau

Tudi tho | [14;15) | [15;16) | [16;17) | [17;18) | [18;19)

S6 con ho 1 3 8 6 2
Néu thay tat ci cac tan s6 trong mau s6 lieu ghép nhém trén bang 4 thi sd dic trung ndo sau day khong thay
dsi?
@ Khoang bién thién. Khoéng t1it phan vi. @Phu’dng sal. @Dc} lech chuan.

Cadu 7. Cho mau s6 lieu théng ké {1;2;3;4;5;6;7;8;9}. Tinh (gan ding) do léch chuan ctia mau s6 ligu trén.
(A)2,45. 2,58. (€)6,67. (D)6,0.

Cau 8. Cho mau s6 lieu thong ké {2,4,6,8,10}. Phuong sai clia mau s6 ligu trén bang bao nhieu?
6. (B)s. (©)10. (D)40.

Cau 9. Cho diy so6 lieu thong ke 1,2,3,4,5,6,7. Phuong sai ciia mau sb lieu thong ké da cho 13

@1 B)2. ©)3. D)4.
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y J/ J J
Cau 10. Cho méu s6 lieu 10, 8,6, 2,4. Do lech chuan ctia mau la
A)s. (B)2,4. (©6. (D)2,8.

Cau 11. Bang s6 liéu sau cho biét thoi gian lam bai tinh bing phit ctia 50 hoc sinh.

Thosigian |34 |5]6/7[8/910]11]12
Tansé ()| 1/3]4/7/8/9/8/5 3|2 N=50

Tim do lech chuan ctia mau s6 lieu théng ké trén.
(A) 6~ 2,15. (B)d ~ 2,14. (©)6 ~ 2,16. (D)6 ~ 2,13.

Cau 12. San lugng laa (don vi ha) ctia 40 thita Tuong c6 cuing dién tich duge trinh bay trong bang s6 ligu sau

San lugng | 20 | 21 | 22 |23 | 24
Tan s6 518 |11|10] 6 | N =40

Tinh phuong sai ctia bang s6 lieu.

(A)1,55. (B)1,53. (©)1,52. (D)1,54.

B3 cau trdc nghiém diing sai

Cau 13. Mot trudng trung hoc phd thong thong ké lai chiéu cao ciia mot s6 hoc sinh va dude tong hgp & bang

bén dudi.
Nhém | Chiéu cao (cm) | Gia tri dai dién (cm) | S6 hoc sinh
1 [150; 153) 151,5 7
2 [153;156) 154,5 13
3 [156; 159) 157,5 40
4 [159; 162) 160,5 21
) [162;165) 163,5 13
6 [165; 168) 166,5 6
Phat biéu b|S

a) Khoéang bién thién vé chiéu cao ciia cac hoc sinh béng 18 cm.

b) Gia tri t phan vi thit nhat ctia mau s6 ligu tren 1a Q1 = 156,375.

c) Gia tri t¢ phan vi thit ba ctia mau sb lieu tren la Q3 = 160,5.

d) MAu s6 lieu ghép nhém trén khong c6 gia tri ngoai le.

Cau 14. Diém thi danh gia nang lyc ciia mot truong dai hoc vio nam 2024 c6 biéu do nhu hinh bén dudi.
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S6 hoc sinh
140 133
122
120 ]
104
100 95 95
80
62
60 54 i
40
20 = 21
12
8
000000001 00 0 0
—_————~———————— — — —~ ~ S o o o Diém
oomomomomomomomomomoo—c—cm
B o= T QR R RTF T QR0 0 R g S
O'O'OOOOOOOOOOOOOOOOOO'OOOO
._LOOUDOLDOLDOLDOMDDUDOIOOUUOLODUDOLD
B e P PN D PR T B O P X DR Y D= D= S S e Be o = D= S B B
e T e WP
Phat biéu D S

a) Co6 140 hoc sinh tham gia ki thi ddnh gid nang luc.

b) Gi4 tri dai dién cho nhém chita tt phan vi thit ba ctia mau s6 lieu ghép nhém 1a 775.

¢) Gi4 tri t¢ phan vi thit nhat clia mau s6 lieu ghép nhom 1a Q1 = 625.

d) Mau s6 lieu ghép nhém trén c6 gia tri ngoai le = € [350;400).

Cau 15. Hinh bén dudi 1a biéu do biéu dién nhiét do trung binh hing thang ciia hai dia phuong Y va Z.
Biéu d6 nhiét trung binh hing thang ciia hai dia phuong Y va Z
°C

40
35
30
25
20
15

10

1 2 3 4 5 6 7 8 9 10 11 12 Théng

B ThS. Nguy&n Hoang Viét — @ 0905.193.688 /‘

140/215 ’




y Phain 7. ON TAP CHUONG

Khi thanh céng ban ndi gi ciing ddng

yV J/ J J

Phat biéu

b

S

a) V6i do dai cdc nhém 1a 5 va dau mut phéi clia nhoém cubi cuing 1a 40 thi bang s6 s6 lieu ghép
nhém vé nhiét do trung binh ciia hai dia phuong Y, Z déu c6 6 nhém.

b) Gia tri t phan vi thi nhat ctia dia phuong Y béang 17,5.

¢) Gia tri t¢ phan vi thit ba ctia dia phuong Z bang 32,5.

d) Néu so sanh theo do lech chuan thi nhiét do trung binh trong mot nam ciia dia phuong Y it
phéan tan hon dia phuong Z.

Céau 16. Thong ke lai thu nhap trong mot thang ctia nhan vien hai cong ty A va B (don vi: trieu dong) dugc thé

hién trong biéu do dudi day.

(S6 nhan vién)

Thu nhap trong moét thang ctia nhan vién hai cong ty A va B

[9;13)

[13;17)

[17;21)

[21;25)

(trieu dong)

Phat biéu

a) C6 14 nhan vien clia cong ty A thu nhap tit 17 trieu dong dén 21 tri¢u dong trong mot thang.

b) Thu nhap trung binh méi thdng ctia nhan vién cong ty A cao hon nhan vién cong ty B.

¢) Néu so sanh vé phuong sai thi thu nhap méi thang ctia nhan vién cong ty A it phan tan hon
nhéan vién cong ty B.

d) Néu so sanh vé khoang t1¢ phan vi thi thu nhap trung binh méi thang ctia cong ty B dong déu

hon cong ty A.

Cédu tréc nghiém trd 16i ngén

Cau 17. Ban Trang thong ké lai chiéu cao (don vi: cm) ciia cdc ban hoc sinh nit 16p 12C va 16p 12D & bang sau.

Goi Ag va Ag lan lugt 13 do phan tan clia nita gitta hai mau s6 liéu chiéu cao clia cac hoc sinh nit 16p 12C va

Lép Chidu cao | [155;160) | [160; 165) | [165;170) | [170;175) | [175; 180) | [180; 185)
12C 2 7 12 3 0
12D 5 9 8 2 1 0

12D. Tinh gia tri ctia biéu thic Ap — Ag (két qud lam tron dén hang phan tram).

Cau 18. Hing ngay ong Thang déu di xe buyt tit nha dén co quan. Dudi day 1a bang thdng ké thai gian cia 100

lan ong Thang di xe buyt tit nha dén co quan.
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KQ:

Thai gian (phut)

[15;18)

[18;21)

[21; 24)

[24;27)

[27; 30)

[30; 33)

S6 luot

22

38

27

8

4

1
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JS. On tap chuong 3 Khi thanh céng ban ndi gi cing ddng

y / J J

Hay tim khodng ti phan vi ctia mau s6 ligu ghép nhém & dit ligu trén sau khi da loai bo cac gia tri ngoai & (két

qué lam tron dén hang phan tram). KQ:

Cadu 19. Cho bang biéu dién miu sb liéu ghép nhom vé chidu cao ciia 42 miu cay ¢ mot vusn thue vat (don vi
centimet). Tinh khoang t1t phan vi clia mau s6 lieu ghép nhém dé (lam tron két qua dén hang phan mudi).

Nhém | Tan s6 | Tan s6 tich luy
[40;45) | 5 5
[45:50) | 10 15
[50;55) | 7 22
[55:60)| 9 31
[60:65) | 7 38
65:70) | 4 42
n =42

KQ:

Cau 20. Dé danh gia chat lugng mot loai pin dién thoai méi, ngudi ta ghi lai thoi gian nghe nhac lién tuc ciia
dién thoai dugce sac day pin cho dén khi hét pin cho két qua sau

Thoi gian (gio) [5; 5,5) | [5,5; 6) | [6;6,5) | [6,5; 7) | [7; 7.5)
S6 chiéc dien thoai (tan s6) 2 8 15 10 5

Tinh phuong sai clia mau s6 ligu ghép nhém trén (két qua lam tron dén hang phan tram). KQ:

Cau 21. Bang 1, Bang 2 lan lugt biéu dién mau s6 lieu ghép nhém vé nhiét do khong khi trung binh cac thang
nam 2021 tai Ha Noi va Hué (don vi: do)

Bang 1 Bdng 2
Nhém | Gia tri dai dién | Tan s Nhém | Gia tri dai dién | Tan s
[16,8;19,8) 18,3 2 [16,8;19,8) 18,3 1
[19,8;22,8) 21,3 [19,8; 22,8) 21,3 2
[22,8: 25.8) 24,3 P [22,8: 25.8) 24,3 3
[25,8; 28,8) 27.3 1 [25,8; 28,8) 97.3 2
[28,8;31,8) 30,3 4 28,8; 31,8) 30,3 4
n=12 n =12

(Nguon: Niéen giam thong ké 2021, NXB Thong ke, 2022)

Goi s, s’ lan lugt 1a do lech chuan ctia mau s6 lieu ghép nhom ctia Ha Noi va Hué. Tinh gid tri ctia biéu thic

T = s — s (két qua lam tron dén hang phan tram). KQ:

Cau 22. Béng 3 thong ké do am khong khi trung binh céc thang nam 2021 tai Da Lat va Viing Tau (don vi: %).

Théng |12 3|4 |56 | 7|8|9]10[11]12

DaLat |[83|79|79|87|87|87 88 89 90 91 88|86

Ving Tau | 75 |77 |78 |77 |79 |79 |81 |79 |81 |83 80|77
Bang 3.

(Nguon: Nién giam thong ké 2021, NXB Thong ke, 2022)

Goi Ag, Ab lan lugt 1a khoang ti phan vi ctia mau s6 lieu ghép nhém ciia Da Lat va Viing Tau. Tinh gia tri biéu

thic K = Ap — Aq (két qua lam tron dén hang phan tram). KQ:
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J Ph&n 7. ON TAP CHUONG Khi thainh céng ban néi gi cing ding

AL =

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Phat biéu nao sau day sai?
@ Khoang bién thién dic trung cho do phan tan ciia toan bo mau s6 lieu.
Khoang tit phan vi diic trung cho do phan tan clia mot nita cac sb lieu, ¢6 gia tri thuoc doan tit Q1 dén Q3
trong mau.
@ Khoang t1t phan vi bi &nh hudng bdi cac gia tri rat 16n hoic rat bé trong mau.
@ Khoang t phan vi dudce ding dé xac dinh céac gia tri ngoai lé trong mau, dé 1a cac gia tri qua nhoé hay qua
16n so v6i da s6 cac gia tri trong mau.
Cau 2. Cho mot mau dit lieu da dude sap xép theo thit ty khong gidm z1 < a9 < 23 < ... < x,,. Khi d6 khodng
bién thien R ctia mau s6 lieu bang

@R:xn—m. R:x1—$n. @R:x";xl_ @R:»’Ul;fvn.

Cau 3. Két qua dicu tra tong thu nhap trong nam 2022 ciia mot s6 ho gia dinh trong mot dia phuong duge ghi
lai & bang sau:

Téng thu nhap (trieu déng) | [200;250) | [250;300) | [300;350) | [350; 400) | [400; 450)
S6 ho gia dinh 24 62 34 21 9

Khoang bién thién ctia mau sb lieu trén 1a
(A) 250. (B) 50. (©)25. (D) 150.

Cau 4. Thoéng ké diém thi danh gid nang lyc ciia mot truong THPT qua thang diém 100 dude cho & bang sau:

| Diém | [0;20) | [20;40) | [40;60) | [60;80) | [80;100)
\Sé hoc sinh | 25 35 37 15 8

Trung vi clia mau s6 lieu ghép nhém thudce khoang nao sau day?
(@) [0; 20). [20;40). (€©) [40; 60). (D)[60;80).

Cau 5. Do can ning ctia 1 16p gom 40 hoc sinh 16p 12B dudc cho & bang sau:

Khéi lugng (kg) | [40;45) | [45;50) | [50;55) | [55;60) | [60;65) | [65;70) | [70;75) [75;80)\
S6 hoc sinh 4 13 7 5 6 2 1 2 \

Tt phan vi thit nhat ctia mau s6 lieu ghép nhéom thuoc khodng nao sau day?
(A) [40; 45]. [45; 50]. (©)[50;55). (D)[55; 60].

Cadu 6. Mot cuoc khio sat da tién hanh x4c dinh tudi (theo nam) ctia 120 chiée 6 t6. Két qua diéu tra duge cho
trong bang sau:

S6 tudi (theo nam) | [0;4) | [4;8) | [8;12) | [12;16) | [16;20)
S6 6 to 23 | 25 37 26 19

C6 bao nhiéu 6 t6 ¢6 do tudi tit 12 dén dudi 16?7
(A)23. (B)25. (©)37. (D)26.

Cau 7. Anh Ba ghi nhan lai két qua ném lao ctia minh & cy li 30 1an dugc ghi 6 bang sau:

Cu li (m) | [69,2;70) | [70;70,8) | [70,8;71,6) | [71,6;72,4) | [72,4;73,2)
S6 1an 4 2 9 10 5

Cuy li trung binh mdi 1an ném ciia anh Ba 1a
B 72,5. (B)70,5. (©)69,5. (D)71,5.

Cau 8. Bang sau thong ké can ning clia 50 qua xoai Thanh Ca dugce lya chon ngdu nhién sau khi thu hoach &
mot nong trudng
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y& On tép chuong 3

Khi thanh céng ban ndi gi cing ddng

y J/ J J

Can nang (g) | [250;290) | [200;330) | [330; 370) | [370:410) | [410;450) |
S6 qua xoi 3 13 18 11 5
Tt phan vi thit nhat cia mau s6 lieu ghép nhém trén 13
4149 G 4150 4151 4152
13 ° 13 13 - 13 -

Cau 9. Can ning clia mot s6 qua mit trong mot khu vuon duge thong ké & bang sau

=

| Ca

nang (kg)

[4;6) | [6;8)

[8; 10)

[10;12)

[12;14)

. Sé

qua mit

6 12

19

9

4

Do léch chuan ctia miu s6 liéu ghép nhém trén gan véi gia tri nao sau day?
(©)2,19.

A)2,51.

(B)1,12.

(D)2,67.

Cau 10. Bidu do dudi day mo ta két qua didu tra vé mitc luong khéi diém (don vi: trieu dong) ciia mot s6 cong

nhan & hai khu viyc A va B.

Miic luong khdi diém ciia cong nhan & hai khu

(S6 cong nhan)

1777777

AN
N
veeveesbevees

NNANAAN
NNV

NNNINNNNNNNNY

N

vuc A va B

Khu vuc A

Y
NNANNNANNNNY

O

[5;

8;9)

[9:10)

(Mitc luong)

Két luan ndo sau day la ding vé mic luong khéi diém néu so sanh theo do lech chuan?
(A) Luong khéi diém hai khu vize déng déu nhu nhau.
Luong khéi didm & khu vie A ddng déu hon khu vuc B.
(€) Luong khéi diém & khu vyc B déng déu hon khu vyc A.

@ Khong thé song sanh.

Cau 11. Két qua do chiéu cao ciia 100 cay keo 3 nam tudi tai mot nong trusng duge cho & bang sau:

Chiéu cao (m)

8,4;8,6)

8,68,8)

8,8;9,0)

9,0;9,2)

9,2;9,4)

S6 cay

5

12

25

44

14

Khoang t1t phan vi clia mau s6 lieu ghép nhém trén 1a

(A) 0,280.

(B)0,282.

(©)0,284.

Cau 12. Biéu do dusi day biéu dién s6 lugt khach hang dit ban qua hinh thic truc tuyén méi ngay trong quy
IIT nam 2022 ciia mot nha hang. Cot thit nhat biéu dién s6 ngay cé tit 1 dén dudi 6 lugt dit ban; cot thi hai biéu
dién s6 ngay c6 tit 6 dén dudi 11 lugt dat ban:. . ..

(D)0,286.
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J Phé&n 7. ON TAP CHUONG Khi thanh cong ban néi gi ciing ding

y / J J

Sé ngay
B e
30
25
20
15

1 6 11 16 21 26 S6 lugt dat ban

Khoang ti phan vi clia miu s6 lieu ghép nhém cho béi biéu do trén 1a

R)8 4. (B)8,5. (©)8,6. (D)8,7.

B} cau tréc nghiém diing sai

Cau 13. Thai gian luyén tap trong mot ngay (tinh theo gid) clia mot s6 van dong vien duge ghi lai § bang sau:

Thai gian luyén tap (gio) | [0;2) | [2;4) | [4;6) | [6;8) | [8;10)
S6 van dong vien 3 8 12 12 4

a) Co tat ca 40 van dong vien duge khao sat.
b) Khoang bién thien mau mau s6 lieu trén 1a R = 10 (gio).

- 2 65
c) T phan vi thd hai cia mau so6 lieu trén la Q2 = Tt

. 25
d) Khoéang ttt phan vi ctia mau so lieu trén la Ag = 5

Cau 14. Bang tan s6 ghép nhom sb lieu dusi day théng ké can nang clia 40 hoc sinh 16p 12A trong mot trudng
trung hoc pho thong (don vi: kilogam).

Nhém | Tan s6 Tan 50
tich luy
[30;40) | 2 2
[40;50) | 10 12
[50;60) | 16 28
60;70) | 8 36
[70: 80) 38
[80; 90) 40
n =40

a) Can ndng trung binh ctia 40 hoc sinh trén 1a 56 kg.

b) Tt phan vi thit hai clia mau s6 lieu trén la Q2 = 50 kg.

¢) Khoang tt phan vi ctia mau s6 ligu trén 1a Ag = 15 kg.

d) Trong bang s6 li¢u trén hoc sinh c¢6 can ning khoang 54 kg chiém nhiéu nhat.

Cau 15. Thoéng ké tong s6 gio ning trong thang 9 tai mot tram quan tric dat ¢ Ca Mau trong cac nam tir 2002
dén 2021 duge théng ké nhu sau:
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JS. On tap chuong 3 Khi thanh céng ban ndi gi cing ddng

y / J J

S6 gio ndng | [80;98) | [98; 116) | [116; 134) | [134; 152) | [152; 170)
S6 nam 3 6 3 5 3

(Nguon: Tong cuc Thong ké)

a) Gia tri dai dién ctia nhom thi ba la 125 gid.

b) S6 gio nang trung binh clia mau s6 ligu trén 1a 124,1 gio.
¢) T phan vi thit hai clia mau s6 ligu tren 1a 128 gio.

d) Do lech chuan ctia mau so licu trén 1a S = 23,795 gis..

Cau 16. Gia dong ctia clia mot c¢o phiéu la gia ciia c6 phiéu dé cudi mot phién giao dich. Bang sau théng ke gia
déng cita (don vi: nghin dong) ciia hai ma c¢d phiéu A va B trong 50 ngay giao dich lién tiép.

Gia dong cita | [120;122) | [122;124) | [124;126) | [126;128) | [128; 130)
S6 ngay giao dich

L e 8 9 12 10 11
clia ¢O phiéu A

Z < . d h
SO ngay giao dic 16 4 5 6 91

2 L
ciia ¢o phiéu B

a) Khoang bién thién trong mau s6 licu trén bang 10 nghin dong.

b) S6 trung binh ctia hai loai ¢d phiéu trong mau s6 ligu trén 1 bing nhau.

c) Do lech chuan trong mau s6 lieu ctia cd phiéu A 1a Sy ~ 2,743,

d) Néu ding phuong sai v do lech chuan dé so sanh miic do rii ro ciia céc loai co phiéu c6 gia tri trung binh
gan bing nhau, c6 phiéu nao c6 phuong sai, do léch chuan cao hon thi duge coi 1a ¢6 do rii ro 1én hon. Nhu
vay thi co phiéu A sé c6 rii ro cao hon.

Cau tréc nghiém trd 1&i ngén

Cau 17. Béng sau thong ké tong lugng mua (don vi: mm) do duge vao thang 7 tit nam 2002 dén 2021 tai mot
tram quan trac dat 6 Ca Mau.

Nhoém lugng mua (mm) | [140; 240) | [240; 340) | [340;440) | [440; 540)
Tan s6 3 7 7 3

(Ngudn: Téng cuc Théng ké)

Tim tit phan vi thit nhat ctia mau s6 ligu trén (két qua lam tron dén hang don vi). KQ:

Cau 18. Hing ngay ong Thiang déu di xe buyt tit nha dén co quan. Dué6i day 1 bang théng ké thoi gian ctia 100
lan ong Thang di xe buyt tit nha dén co quan.

Thoi gian (phat) | [15;18) | [18;21) | [21;24) | [24;27) | [27;30) | [30; 33)
S6 luot 22 38 27 8 4 1

a

Biét khodng tit phan vi clia mau so liéu ghép nhém trén 1a — (t6i gidn), a,b € N. Tinh gia tri biéu thitc a + b.

KQ:

Cadu 19. Béng sau biéu dién mau s6 lieu ghép nhém veé s6 tién (don vi: nghin dong) ma 60 khach hang mua sach
3 mot cita hang trong mot ngay.

o

Nhém | [40;50) | [50;60) | [60;70) | [70;80) | [80;90)
Tansé| 3 6 19 23 9

Tinh s6 tién trung binh ma khach mua trong mot ngay (lam tron dén chit s6 hang don vi). KQ:

Cau 20. Thong ke 1gi nhuan hang thang (don vi: trigu dong) trong 20 thang ctia mot nha dau tu duge cho nhu
sau:
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y Phain 7. ON TAP CHUONG

Khi thanh cong ban ndi gi cing ddng

y / J J

Lgi nhuan | [10;20)

[20; 30)

30; 40) | [40; 50)

[50; 60)

S6 thang

2

4

8

4

2

Tinh do lech chuan ctia mau s6 licu trén (lam tron dén mot chit s6 thap phan).

KQ:

Cau 21. Ngudi ta theo déi sy thay doi can nang, duge tinh bang hiéu can nang trude va sau ba thang ap dung
ché do an kiéng ctia mot s6 ngudi cho két qua nhu sau:

‘ Thay déi can ning (kg) | [-1;0)

0;1) | [1;

2)

2;3) | [3;4)

‘ S6 nguoi

2

3 5

3

2

Tinh phuong sai ctia mau s6 lieu trén (lam tron dén phan tram).

KQ:

Cau 22. Két qua diéu tra tong thu nhap trong nam 2022 ciia mot s6 ho gia dinh trong mot dia phuong dude ghi

lai & bang sau:

Téng thu nha
ong T BREP 1900, 950) | [250;300) | [300;350) | [350;400) | [400; 450)
(trieu dong)
S6 ho gia dinh 24 62 34 21 9 |
Tim tit phan vi Q3 (lam tron dén hang don vi). KQ:

147/215 ’

B ThS. Nguyén Hoang Viét — @ 0905.193.688 /‘



JA. On tap chuong 4 Khi thanh céng ban ndi gi cing ddng

y / J J

ON TAP CHUONG 4

7
A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Ham s6 F( ) 1a mot nguyén ham ctia ham s6 f(z) trén khoéng K néu

A) F'(z) ) Vr e K. (B) F'(x) ), Vz € K.
© F'(x) = Flz), vz € K. ®) ) — (). v € K.

Cau 2. Cho hai ham s6 y = f(x) vA y = g(z) lien tuc trén doan [a;b]. Goi (2) 1a hinh phang gi6i han bdi do thi
ham s6 y = f(r) vd y = g(r) v& hai dudng thang * = a, * = b (a < b). Dién tich ctia (2) dugc tinh theo cong
thic ndo dudi day?

b

® s = /v 2)| de. ®5= [ (72) - o)) d.

a

b

©s - /v 7)| da. sziﬂwm—/mmm.

a

Cau 3. Cho ham s6 f(x) lien tuc trén R va a 1 s6 thyc duong. Khing dinh nao sau day 14 khang dinh ding?

@/af(a:)dle. /af(x)dazzaQ. @/af(a:)dxzo. @/af(x)dg:z

Cadu 4. Ho nguyeén ham ciia ham s6 f(x) = 22 + cosx 13
1 1
@2x—sinx+0. ga:?’—i—sinw—i—C. ©w3+sinx+0. @§x3—sinx+0.

3
Cau 5. Néu /f(x) dz = % +¢e” 4+ C, véi C 1a hdng s6 thi f(z) 13 ham s6 ndo sau day?

@f(:v):3:v2+ex. f :—+e @f(:c):x2+ez. @f(z):—
5
Cau 6. Cho ham s6 f(z) ¢6 dao ham trén [—3;5]. Tinh /4f’(33) dz, biét f(=3) =1va f(5) =
3
(A) I = 40. (B)I = 36. ©1r1=s D)1 = 32.

(2f(xz) — 3) dz bang

@) 16. (B)10. ©13. D@)9.

Cadu 8. Cho vat thé () gidi han bdi hai mit phing c6 phuong trinh x = 0 va x = 2. Cit vat thé (%) bdi mat
phang vuong géc véi truc Ox tai diém c6 hoanh do bing z, (0 < x < 2) ta dugc thiét dien c6 dien tich bing
22(2 — x). Thé tich ciia vat thé (£) 1a

4 4 2 2

Cau 9. Dién tich S ciia hinh phing giéi han béi do thi ham s6 y = 322 4 1, truc hoanh va hai dudng thang x = 0,
z=21la

@S =12 B)S = 8. ©5=9. (DS = 10.
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1

—~—

B ThS. Nguyén Hoang Viét — @ 0905.193.688 /‘




J Ph&n 7. ON TAP CHUONG Khi thainh céng ban néi gi cing ding

y / J J

Cau 10. Ki hi¢u () 1a hinh phing giéi han béi do thi ham s6 y = 2z — 22 va y
truc Oz (hinh bén). Tinh thé tich vat thé tron xoay dugc sinh ra bdi hinh phing

() khi n6 quay quanh truc Oz.
187 B 17w 167 197

Cau 11. Vi khuan E. coli séng chii yéu ¢ dudng rudt va cé sd lugng 16n nhét trong hé vi sinh vat ciia co thé. Mot
quan thé vi khuan E. coli dugc quan sat trong diéu kién thich hgp, ¢6 téc do sinh trudng duge cho bdi ham sb
f(t) =480 - 2'1n2. Trong do6 t tinh bing giv (¢t > 0), f(¢) tinh bing c4 thé/git. Biét tai thoi diém bat dau quan
sat, s6 lugng ca thé dugc udc tinh mot cach chinh xac khodng 480 ca thé. Ham sb biéu thi s6 lugng ca thé theo
thoi gian ¢ 1a

(A) F(t) = 480 - 2. B)F(t) =480 -2 +In2.  (C)F(t) =480-2! —480. (D)F(t) = 480 - 2 + 480.

Cau 12. Nguoi ta muén db bé tong mot con dudng gidi han bdi hai dudng cong AB va C'D (phan gach soc) véi
kich thuéc nhu hinh vé bén dudi.

15 m

Biét ring dudng cong DC nhan dugc tit dudng cong AB bing cach tinh tién theo phuong thing ding lén phia
trén 3 m, 16p bé tong can d6 day 15 cm va gia tien 1 m? beé tong 1a 1080000 dong. Tinh s6 tién can diing dé do
bé tong con duong do.

(R) 6580000 ddng. 7290000 dong. (€)6850000 dong. (D)8 420000 dong.

B3 cau trdc nghiém ding sai

Cau 13. Biét F(r) = 2 + 322 13 mot nguyen ham ctia ham s6 f(x) tren R.
a) F(1) =4.

1
b) / f@)de = 4.
0
4

) f(z)= %+x3+0.
d) Néu G(z) cling 1a mot nguyén ham ctia f(z) trén R thi F(z) = G(x).

Cau 14. Goi Sy, So 1a dién tich ctia hai hinh phang giéi han béi dd thi ctia ham y
s6 y = f(x) va truc hoanh (xem hinh vé). Biét S; = 10 va Sy = 1.
1 2
a) /f(x)dleO. b) /f(:n)dmzl.
2 1
2 2
c) /f(x)dlel. d) /\f(x)|dx:11.
) —2

Cau 15. Tai mot khu di tich vao ngay 18 hoi hang nim, tdc do thay ddi lugng khach tham quan duge biéu dién
bing ham s6 Q'(t) = 413 — 72t? + 288t, trong d6 ¢ tinh bang gi (0 < t < 13), Q'(t) tinh bang khéach/gis (Nguon:
R. Larson and B. Edwards, Calculus 10e, Cengage). Sau 2 gid da c¢6 500 ngudi ¢6 mét.

a) Lugng khach tham quan dugc biéu dién bdi ham s6 Q(t) = t* — 243 + 144¢2.

b) Sau 5 gio lugng khach tham quan 1a 1325 ngudi.
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c) Luogng khach tham quan 16n nhat 1a 1296 nguoi.
d) Téc do thay ddi lugng khach tham quan 16n nhat tai thsi diém ¢ = 6.

Cau 16. Mot vat chuyén dong trong 4 gis véi van téc v (km/h) phy thudc thsi gian t o
(h) c6 dd thi cia van téc nhu hinh bén. Trong khoang thsi gian 3 gis ké tit khi bat dau ¢
chuyén dong, do thi d6 14 mot phan ctia dudng parabol c6 dinh I(2;9) véi truc ddi xing
song song véi truc tung, khodng thoi gian con lai do thi 14 mot doan théng song song véi
truc hoanh.

a) Van toc 16n nhat ctia chuyén dong 13 9 (km/h).

b) v(t) = —%tQ +9t, v6i 0 <t < 3.

27
c) u(t) = Zt’ Vol 3 <t < 4.

d) Quéang duong vat di chuyén dugc trong 4 gio 1a 27 km.

Q
[N}
w
~
o~

Cédu tréc nghiém trd 18i ngén

~ . 1
Cau 17. Cho F'(x) 1a mot nguyén ham clia ham s6 f(z) = —; théaméan F'(2) = % Tinh F(1). KQ:
x

) 2
. ) 2+1 néux >1 / .
Cau 18. Cho ham so0 f(z) = . Tinh tich phan /f($) dz (lam tron dén hai ch@ so thap
0

2z néuz < 1

phan). KQ:

Cau 19. Tinh dién tich S ctia hinh phang gidi han bdi cac dudng y = e*, y =2, x = 0, x = 1 (lam tron dén hai
chit s6 thap phan). KQ:

Cau 20. Gi4 tri trung binh ctia ham s6 lién tuc f(z) trén doan [a;b] duge dinh nghia 1a

b
bia/ f(z)dz.

Gia sit nhiet do ngoai trdi ¢ mot thanh phd vao cac thoi diém khac nhau trong ngay dude mo phéng béi cong
thite h(t) = 29 + 3sin [%(t _ 9)}, v6i b tinh bing do C va ¢ 1a thi gian trong ngay tinh bing gid. Tim nhiet do

trung binh (don vi: do) clia ngay trong khodng thoi gian tit 6 gio sdng dén 12 gio trua. KQ:

Cau 21. Tai mot nha may sdn xuat mot loai phan bén, goi P(x) la 1gi nhuan (tinh theo trieu dong) thu duge ti
viec ban x tan san pham trong mot tuan. Khi d6, dao ham P’(z), goi 14 1gi nhuan can bién, cho biét téc do tang
1gi nhuan theo lugng san pham ban duge. Gi sit lgi nhuan can bién (tinh theo tri¢u dong trén tan) clia nha may
duge uée lugng béi cong thic

P'(x) = 16 — 0,02z v6i 0 < z < 100.

Tinh 1¢gi nhuan (triéu déng) nha may thu duge khi ban 90 tin sin pham trong tuan. Biét ring nha may 16 25

trieu dong néu khong ban dude lugng sdn pham nao trong tuan. KQ:

Cadu 22. Goi () 1a hinh phang giéi han bdi do thi (€) ciia ham
s6 y = \/z, truc Oz va dudng thing 2 = 9. Cho diém M thuoc

do thi (¥) va diem A(9;0). Goi V4 1a thé tich khoi tron xoay tao M
thanh khi hinh phing (J#) quay quanh truc Ox, V; 1a thé tich y=1 (@)
khéi tron xoay tao thanh khi tam giac OM A quay quanh truc
Ozx.
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Biét ring V; = 2V5. Tinh dién tich S phan hinh phing gi6i han bdi do thi (¢) va duong thing OM (lam tron dén
hang phan tram). KQ:
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B-DE 2

n Cau tréc nghiém nhiéu phuong én lwa chon

Cau 1. Cho ham s6 f(x) lién tuc trén khoang K va cac hing s6 a,b,c € K vi a < ¢ < b. Ménh dé nao dudi day
sai?

Cy /b flz)da = / flx)da + /b f(z)da. /b flz)do £ /b ft)dt
@/bk-f(a:)d:c:k/bf(x)dx v6i k € R. @/bf(m)dx:—/af(:c)da:
a a a b

Cau 2. Ho nguyén ham ciia ham s6 f(z) =sinz + 2 1a
@—cosa:-i—Qa:-l—C. —cos:B—l-Z:c-i-C. @cosx+2x+0. @cos:ﬂ-l-C.

2
Cau 3. Tich phan /x?’ dz bang
1

15 17 7 15
E- Z- @Z- Z.
3 3 3
Cau 4. Néu/f dm—2va/ d:vzlthl/ x) + 2g(x)] dx bang
1 1

@)6. B)8. ©7. (D)s.
Cau 5. Cho ham s6 f (z) ¢6 dao ham trén doan [0;2] va f (0) = —1, biét /f’ (x) dz = 5. Tinh f(2).

0
@) f(2) =6. B)f(2) =2 (©F(2)=5. Df(2) =

1
Cau 6. Cho ham s6 f(x) va F(z) lien tuc trén R thod man F'(z) = f(x) v6i moi s6 thyc z. Tinh /f ) dz. Biét
0

F(0) =2; F(1) =5.

&) 3. (B)4. ©5. (D)6.
3 3
Cau 7. Tich phan [ [2f(z)+ 1] dz =5 thi [ f(z)dx bing
/ {7

®s. ®)2. ©° OK

Cadu 8. Tinh thé tich vat thé tao thanh khi quay hinh phang (H) quanh truc Oz, biét (H) dugc gidi han béi cac
dudng y = 422 — 1, y = 0.

8T 4dr 167 2

15 ® % T 15

Cau 9. Dieén tich hinh phéng gi6i han bdi 2 dudng cong y = 22 — 2z vy =222 —z — 2 1a

B)4. ®)9. ©)5. @g.

Cau 10. Biét F(z) = (ax®+bx + c)e® 1a mot nguyén ham ciia ham s6 f(z) = (z—1)%e”. Tinh S = a+2b+c.
RS =3. B)S = -2. ©s=o. (D)S = 4.

Cau 11. Cho d6 thi ham s6 y = f(z) nhu hinh vé bén dudi.
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A N
RE

Dién tich S ciia hinh phéng dugc gidi han béi do thi ham s6 y = f(z) va truc Oz (phan gach soc) duge tinh béi
cong thrc

@S:/gf(:):)dx. S:/lf(x)dm+/3f(x)dx
—3 -3 1

@S: /3f(a:)dx @Sz/lf(x)dx—/gf(x)dx
3 -3 1

Cau 12. Tai mot nha may, goi C(z) 1a tong chi phi (tinh theo tri¢u dong) dé san xuat = tan san pham A trong
mot thang. Khi d6, dao ham C’(x), goi 1a chi phi can bién, cho biét téc do ting tong chi phi theo lugng san pham
duge san xuat. Gia sit chi phi can bién (tinh theo trigu dong trén tan) cia nha may duge uée lugng bdi cong thiic

C'(z) =5 — 0,06z + 0,00072z> v6i 0 < = < 150.

Biét ring C(0) = 30 trigu dong, goi 1a chi phi ¢6 dinh. Tinh tdng chi phi khi nha may sin xuat 100 tin sin pham
A trong thang.
(A)570 trieu dong. (B)470 trieu dong. (€)420 trieu dong. (D)440 trieu dong.

B3 cau trdc nghiém diing sai
Cau 13. Cho ham sb f(z) = 22
3
a) /f(x)da:: ‘%+C.

EN|

2
b) /f(x)dx:3.
0

¢) Gia st F(x) la mot nguyen ham cta f(x). Khi d6 f/(z) = F(x).
3
d) Goi F(x) la mot nguyen ham ciia f(x). Néu dd thi ham sb ctia F(x) di qua diém (3;1) thi F(z) = % —8..

Cau 14. Cho ham s6 f(x) c6 dao ham cap mot, dao ham cap hai lién tuc trén R.

a) /f(a:)dxzf’(:t)—kC. b) /f’(w)dz:f(x)—i-c.
o [ 1@)ds = fa). @) [ '@)de = @)+ C.

Cau 15. Gia sit v(t) 1a phuong trinh van tdc ciia mot vat chuyén dong theo thai gian t (gidy), a(t) 1a phuong
trinh gia toc clia vat d6 chuyén dong theo thsi gian ¢ (gidy). Xét chuyén dong trong khodng thai gian tit ¢ (giay)
dén b (giay).

b b
a) /a(t) dt = v(b) — v(c). b) /v(t) dt = a(b) — a(c).
Cb C

b
o) /v’(t) dt = v(c) — v(b). d) /U'(t) dt = v(b) — v(c).
Cau 16. Mot vat chuyén dong véi gia toc a(t) = 2cost (m/s?).
a) Tai thoi diém bat dau chuyén dong, vat c6 van toc bang 0. Khi do, van tdc ciia vat duge biéu dién bdi ham
s6 v(t) = 2sint (m/s).

Z . N « 2 ™ N
b) Van toc ctia vat tai thoi diem ¢t = 5 la 1 m/s.
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c) Quang duong vat di duge tit thai diém ¢ = 0 (s) dén thoi diém ¢t = 7 (s) 1a 4 m.

. ) 9 3
d) Quéng dudng vat di dugc tit thoi diém ¢ = g (s) dén thoi diém t = f () 12 2 m.

Cau tréc nghiém tré 1&i ngén

Cau 17.
Cho ham s6 bac ba y = f(x) ¢6 do thi la dudng cong trong hinh bén. Biét ham y
s6 f(x) dat cuec tri tai hai diém 21, 2 thoa man zo = 21+2 va f (z1)+ f (22) =
0. Goi S; va S5 1a dién tich clia hai hinh phing dudc gach trong hinh bén. Ti SRR
z S N [ S
SO S—; bang i; !
ii 52
O 21 T2 | z
|
|
KQ:
~ . e —6 .
Cau 18. Goi F(x) la mot nguyén ham cia ham so6 f(x) = —, biet F(0) = 7. Tinh tong cac nghiém cta
e
phuong trinh F(z) =5 (lam tron dén hang phan tram). KQ:

Cau 19. Xét vat thé (7) ndm gitta hai mit phang 2 = —1 va 2 = 1. Biét ring thiét dien ctia vat thé cat bsi mat
phang vuong géc véi truc Ox tai diem c6 hoanh do x (—1 < z < 1) 1a mot hinh vuong c¢6 canh 2v/1 — z2. Tinh
thé tich vat thé (7) (lam tron dén hang phan tram). KQ:

Cau 20. Mot vat chuyén dong véi gia tdc duge cho béi ham s6 a(t) = 5cost (m/s?). Lic bat dau chuyén dong
vat ¢6 van toc 2,5 m/s. Tinh gia téc ciia vat (don vi m/s?) tai thoi diém van tdc dat gid tri 16n nhat trong 7 (s)
dau tién. KQ:

Céau 21. Cho parabol (P): y = x? v& hai diém A, B thuoc (P) sao cho AB = 2. Tim gia tri 16n nhat ciia dién tich
hinh phang giéi han béi parabol (P) va dudng thing AB (Lam tron dén hang phan tram). KQ:

Cau 22.
Ban An can mua mot chiée guong c6 vién la dudng parabol bac 2 (xem H
hinh v&). Biét ring doan AB = 60 cm, OH = 30 cm. Dién tich ctia chiéc
guong ban An mua bing bao nhiéu cm?? KQ:
30 cm
O
A 60 cm B
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ON TAP CHUONG 5

'\e/
A-DE 1
n Cau tréc nghiém nhiéu phuong én lwa chon

Cau 1. Cho mit phing (P): z + 2y + 3z — 1 = 0. Véc-td ndo dudi day 1a mot vée-to phap tuyén ciia (P)?
B 71 = (1;3;-1). B) Wy = (2;3;—1). ©) 75 = (1;2;-1). D)7y = (1;2;3).

Cédu 2. Phuong trinh ndo dudi day 14 phuong trinh ctia mat phang (Oyz)?

@y:O. 1‘20. @y—z:O. @220.
Cau 3. Phuong trinh ndo dudi day 1a phuong trinh mit phing di qua diém M (1;2; —3) v& c6 véc-to phap tuyén
n = (1;-2;3)?

@$—2y+3z—12:0. x—2y—32—|—6:0. ©$—2y+3z—|—12:0. @x—Qy—Bz—GZO.
Cau 4. Cho mit phiang (P): 3z + 4y + 2z + 4 = 0 v diém A(1; —2;3). Khoang cach tit A dén (P) béng

5 5 V5 5

Cau 5. Cho ba mit phing (a): x+y+22+1=0, (B): z+y—2+2=0va (y): 2 —y+5 = 0. Trong cdc ménh
dé sau, ménh dé ndo sai?

B (@) L (B). ® () L (8). ©@II(B). @) L.
~ . - r—2 y—1 2z43 __ . e ) ) . 2
Cau 6. Cho duong thang d: — =5 =1 Véc-to nao dudi day la véc-to chi phuong ctia dudng thang
d
B 7y = (2;1;-3). B) 72 = (—2;-1;3). © 3 =(-1;2;1). DTy = (—1;2;-1).
r=1+2t x=3+4t
Cau 7. Cho hai dudng thang di: {y=2+3t (t € R) vida: { y=5+6t ( € R). Trong cac ménh dé sau,
z=3+4t z="T7+8t
ménh dé nao dung?
@d1 va dy cit nhau. d1 /| da. ©d1 = ds. @d1 va ds chéo nhau.
Cau 8. Phuong trinh mit cau tam I(2;1; —1), ban kinh R =2 la
B (z+22+y+1)2+(z—-1)>=4. B (z+2)2+y+1)2+(z-1)2=2.
©@-22+@y-12+(z+1)?2 =2 @ (z—-2?2+ @y -1+ (z+1)2=4.
~ 5 -1 . N
Cau 9. Goc gitta duong thang d : % = yT = % va mat phang («) : 4z 4+ 3y + 5z — 4 = 0 bang
(A) 30°. (B)120°. (©)60°. (D)150°.

Cadu 10. Trong khong gian v6i he toa do Ozyz, mit phing (P) cit ba truc Oz, Oy, Oz tai A, B, C; trong tam
ctia tam gidc ABC la G(—1;—3;2). Phuong trinh mit phang (P) 1a

B z+y—2z—5=0. B)2r—3y—2—-1=0. (©z+3y—2:41=0. (D)6s+2y—32+18=0.
Cau 11. Cho hai diém A(1;—2;-3), B(—1;4;1) va dudng thang d: vtz = y_—12 _ = _; 3. Phuong trinh ndo
duéi day la phUGn% trinh_i_dir(‘jng théng di qua trung diém ciia doan thang /%B va, jﬁ)gg song vGi d 7

A A R
gd,'i_yll_z—%—l d,.gln—l:ly—lfz—i—l
T -1 2 1 -1 2

Cau 12. Trong khong gian vé6i hé toa do Ozyz, cho mat cau (S) di qua hai diém A(1;1;2), B(3;0;1) va c6 tam
thuoc truc Oz. Phuong trinh mit cau (9) la

B (z+1)2 +y% + 22 =5. B) (z+1)2+12+22 = V5.

©(z— 12 +42+22 =5. @) (z—1)?+3% + 22 = V5.
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B3 cau tréc nghiém diing sai

Cédu 13. Phuong trinh téng quét ciia mit phing (P) trong mdi trusng hop sau la ding hay sai?
a) (P) di qua diém M (—3;1;4) va c6 mot véc-td phap tuyén 1a 7 = (2; —4;1) 1a 2z — 4y + 2 +6 = 0.
b) (P) di qua diém N(2; —1;5) va c¢6 cip véc-td chi phuong 1a @1 = (1;—3;2) va Wo = (=3;4;1) la 11z + Ty +
5z +40 = 0.
c) (P) di qua diém I(4;0;—7) va song song v6i mit phang (Q): 2z —y—2—-3=01a2r+y—2—15=0.

. . —1 —6
d) (P) di qua diém K(—4;9;2) vi vuong goc véi dudng thing A ””T - 3{ _— — la2e 4y 452 -11=0,
Cau 14. Trong khong gian Oxyz, cho ba diém A(1;0; —1), B(0;1;2), C(—1; —2;3). Mdi ménh dé sau la ding hay
sai?

a) Phuong trinh mit phang (ABC) 1a 52 — y + 2z +3 = 0.
. -1 1

b) Phuong trinh dudng thing AC 1a = = = % - x;r .

c) Phuong trinh mit cau dudng kinh AC 1a 22 + (y — 1)? + (2 + 1)? = 12.

d) Phuong trinh mit cau c6 tam A va di qua B la (z — 1)2 + 2 + (2 +1)? = 11.

Cau 15. M6i ménh dé sau la dung hay sai?
a) Mit cau (S) c6 tam I(4;—2;1) va ban kinh R=91a (z —4)2 + (y+2)? + (z — 1) = 81.
b) Mat cau (S) c6 tam 1(3;2;0) va di qua diém M (2;4;—1) 1a (S) 1a (z + 3)%2 + (y + 2)%2 + 22 = 6.
c) Mait cau (S) c6 dudng kinh 1a doan thiang AB vé6i A(1;2;0) va B(—1;0;4) 1a 22 + (y — 1)? + (2 — 2)% = 32.
d) Mat cau (S) mat cau tam I(—1;2;3) va tiép xtic véi mit phang (P): 2z —y — 22+ 1 = 0 ¢6 phuong trinh
la (z+1)*+ (y—2)*+ (2 —3)2 =0.

Cau 16. Hinh bén dudi minh hoa dudng bay ciia mot chiée triyc thang H cat canh tit mot san bay. Xét hé truc
toa do Ozxyz c6 gbc toa do O la chan thap diéu khién ciia san bay; truc Ox 1a huéng dong, truc Oy 1a huéng Bac
va truc Oz 1a truc thang ding, don vi trén méi truc la kilomét.

Trire thang cat canh tit diem G. véc-tc 7 chi vi tri cia tryc thang tai thoi diém ¢ phit sau khi cat canh (¢ > 0)
c6 toa do 1a 7 = (1 + ;0,5 + 2t; 2t).

Madi ménh dé sau 1a ding hay sai?
a) Go6c f ma duong bay tao v6i phuong ngang lam tron dén phut 1a 45°.

r=1+t
b) Phuong trinh duong thang GF, trong dé F 13 hinh chiéu ctia diém H lén mat phéng (Ozy)1a{ y = 0,5 + 2¢,
z=0
teR.
c) Tryc thing bay vao may & do cao 2 km. Toa d6 diém ma méy bay tryc thing bat dau di vao ddm may 1
(2;2,5;2).

d) Gia st mot dinh nidi ndm & diém M (5;4, 5;3). Khi HM vuong géc véi dudng bay GH thi khodng cach tir
may bay triyc thing dén dinh ndi tai thoi diém dé6 13 3km.
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Cédu tréc nghiém trd 18i ngén

Cau 17. Cho 3 diém A(2; —1;5), B(5;—5;7), M (x;y;1). Khi A, B, M thang hang thi 2z+y bang? KQ:

Cadu 18. Trong khong gian Oxyz, cho diém A(1;2;—5). Goi M, N, P lan lugt 14 hinh chiéu ctia diém A len
cac truc Ox, Oy, Oz. Mat phang (M N P) c6 dang phuong trinh 10z + by + cx +d = 0. Khi d6 b + ¢ + d bing

KQ:
Cau 19. Trong khong gian Ozyz, cho diém M (4;1;1) va mat phang (P): 3z +y — z — 1 = 0. Hinh chiéu vuong
goc H(a;b;c) clia diém M tréen mit phang (P). Khi dé a — b+ ¢ bang KQ:

Cédu 20. Trong khong gian Oxyz, cho mat phang (P): 22 —y+2z—4 = 0. Phuong trinh mit phing (Q) song song
véi (P) va cach (P) mot khoang bang 1 ¢6 dang 2x —y+2z+m = 0. Khi d6 m bang may? KQ:

x—1 y— 2 z r+1

Cadu 21. Trong khong gian Ozyz cho diém A(1;2;1) va hai dudng thing d; : N =7 =7 do: 5

- 1 3 2 2 — .
yT = Zj_2 . Dudng thang d di qua A, cat d; va vudng goc v6i dp c6 véc-to chi phuong © = (2;a;b). khi do
a — b bang . KQ:

Cau 22. Trong khong gian v6i hé toa do Oxyz, dai kiém soat khong luu san bay c6 toa do O(0;0;0), mdi don
vi trén truc tng véi 1 km. May bay bay trong pham vi cach dai kiém soat 417 km sé hién thi trén man hinh
ra da. Mot may bay dang & vi tri A (—688; —185;8), chuyén dong theo dudng thing d cé véc-td chi phuong la
7 = (91;75;0) va hudng vé dai kiém soat khong luu.

Toa do ctia vi trf s6m nhat ma méay bay xuat hién trén man hinh ra da 1a M(a;b;c). Khi d6 a + b + ¢ bang

KQ:
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yV J/ J J
B-DE 2
n Cau tréc nghiém nhiéu phuong @n lwa chon
r=1-—t
Cau 1. Trong khong gian Oxyz, cho dudng thing { y = —2 + 2t. Véc-to nao dudi day 1a vects chi phuong ciia
1+1¢
d?
&) (1;-2;1). ®)(1;21). ©(-1;-2;1). @ (-1;2;1).
Cdu 2. Trong khong gian Oxyz, cho (P): 3z — 4y + 2z +4 = 0 va diém A(1; —2;3). Tinh khoéng céch tit A dén
(P).
21 V5 5 5
V29 3 © V29 © 9
Cﬁu 3. Trong khong gian Ozyz, tim tam va ban kinh ctia mit cau c6 phuong trinh (x —1)2 4 (y+4)% + (2 —3)% =
@ I(— , R=18. B)I(1 ,R=18
©I1,4,3,R_f. @1 R \ﬁ
Cau 4. Trong khong gian Oxyz, cho OA=7 — 2? +3%. Tim toa do diém A.
(A) A(—1;—2; —3). (B)A(1;2;3). (©) A (2;—4;6). (D) A (1;-2;3).

Cau 5. Trong khong gian Oxyz, cho hai mat phing (P): — 6z +my —2mz—m? =0va (Q): 22 +y—22+3 =0
(m 1a tham s6). Tim m dé mit phang (P) vudng géc véi mit phing (Q).

12 5 12
@m:12. m:—. @m:—. @m:—.
12 5)
Cau 6 Trong khong gian Ozyz, cho hai véc-to @ = (—4;5 — 3), b= (2;—2;1). Tim toa do cla véc-to 7 =
@+ 2%.

B 7 = (0;—1;1). B)7 = (—8;9;1). © 7 =(2;3;,-2). D)7 = (0;1;—1)

Cau 7. Trong khong gian Ozyz, cho tam giac ABC c¢6 A(1;3;5), B(2;0;1) va G(1;4;2) 1a trong tam. Tim toa

do diém C.
4 7 8
®o (53, 8)C(0:0:9). ©(0:9:0). ©)0(0;-9;0).
Cdu 8. Trong khong gian Oxzyz, cho diém A(3;—1;1). Hinh chiéu vuong géc clia A trén mat phing (Oxy) 1a
diém
(A) N(3;-1;0). (B) M (3;0;0). (©) P(0;—1;0). (D)Q(0;0; 1).

Cau 9. Trong khong gian Ozyz, mit phang (o) di qua hai diém A(1;2;—2), B(2; —1;4) va vuong géc v6i mit
phéng (8):  — 2y — z + 1 = 0 ¢6 phuong trinh 13
150+ Ty+2-27=0. B)1sz—Ty+2-27=0. (€150 —Ty+x+27=0. (D)15z+Ty—z+27=0.

~ 2 N 5 1 -1 -2
Cau 10. Trong khong gian Oxyz, phuong trinh mét phang cach déu hai dudng thang d; : rrr_Y -

2 y+2 28
N T — Yy AN

dy: =2T°_ 2

vadze Ty 5 2 ¢

(R) —11z + 5y +7z+11 = 0. (B)—11z + 5y + 7z +1 = 0.

(©) 11z — 5y — 72+ 1=0. (D) 11z + 5y + 72 —1=0.

Cau 11. Trong khong gian Oxyz, cho mit cau (S): 22 + y? + 22 — 2z — 2y + 42 — 1 = 0 va mit phing (P): = +
y—z—m=0. Tim tat cd m dé (P) cat (S) theo giao tuyén 14 mot dudng tron cé ban kinh 16n nhat.

@mz?. m:4. @m:O. @m:—4.
-5

Cau 12. Trong khong gian Ozyz, mit phang (P): 2z + 6y + 2z — 3 = 0 cit truc Oz va dudng thang d: rTo

1
—6 . R
y_z — lin lugt tai A va B. Phuong trinh mat ciu duong kinh AB la

@ (@ +22+(y=1%+(z+57 =0, ®) (@ —2)°+(y+ 1)+ (z 5 = 36.
©@-2%+@w+1°+(-5°=0. @) (z+2)* +(y—1)° + (= + 5)* = 36.
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y / J J

B3 cau tréc nghiém diing sai

Cau 13. Trong khong gian Oxyz, cho diém A(2;1;0) v mat phang (P): 2z +y — 22+ 1 = 0.

a) Mot véc-td phap tuyén clia mit phing (P) 1a 7{ (2;1;—-2).

b) Diém A thuoc mit phing (P).

c) Khoang cach tir diém A dén mit phang (P) bang 3.

d) Phuong trinh mit cau tam A va tiép xic v6i mat phang (P) 1a (z — 2)%2 + (y — 1)2 + 22 = 9.
Cau 14. Trong khong gian Ozyz, cho mit phang (P): z—y+2z—1 =0 vamat cau (S): (x—1)2+y>+ (2 +1)? =
25.

a) Mot véc-td phap tuyén clia mit phang (P) 1a 7 = (1;—1;1).

b) Mit cau (S) c¢6 tam I (1;0; —1).

c) Mit phang (P) cit mat cau (S) theo giao tuyén 1 hinh tron.

d) Ban kinh ctia hinh tron giao tuyén tao bdi (P) va (S) béang 5.

A . 2 2 - 1 2 - 4
Cau 15. Trong khong gian Oxyz, cho diem A(1; —1;2) va duong thing d : a _yte_z

a) Véc-to © = (2;1;3) 1a mot véc-to chi phuong clia dudng thang d.
b) Diém A khong thuoc dudng thing d.
c) Khoang cach tir diém A dén dudng thing d bing 6.

2 2 - 1 1 - 2
d) Phuong trinh dudng thang di qua A va song song véi dudng thang d 1a z _y+l_z

2 1 =3
rT=241
Cadu 16. Trong khong gian Ozyz, cho dudng thang d: { y = —4 + 3t vA mat phang (P): 3x +y—2z+1=0.
z=1+1
a) Mot véc-td chi phuong ciia dudng thing d 1a @ = (1;3;1).
b) Mot véc-td phap tuyén clia mit phing (P) 1a 7 = (3;1; —1).

c) Gid tri @y - (g, = 12.
d) Géc gitta dudng thing d va mit phing (P) bang 45°.

Cau tréc nghiém trd 16i ngén

—

Cau 17. Trong khong gian Ozyz, cho hai véc-to @ = (2;1;0), b= (—1;0;2). Tinh cos(@, b). KQ:

x=(m—1)t
Cau 18. Trong khong gian Oxyz, cho duong thing d: { y = (2m + 1)t . V6i gia tri nao cia m thi dudng
z=1+2m*+ 1)t
thing d nam trong mat phing Oyz? KQ:

Cau 19. Trong khong gian Ozyz, cho hai mat phang (P): 2+ (m+ 1)y —2z+m =0va (Q): 22 —y + 3 = 0 v6i
m la tham s thye. Tim m dé (P) vuong goc véi (Q). KQ:

~ 2 1 —1 P
Cau 20. Trong khong gian Ozyz, cho hai diém A(0; —1;2), B(1;1;2) va dudng thing d: % % - . Biét

diém M (a; b; ¢) thuoc dudng thing d sao cho tam gidc M AB c6 dién tich nhé nhat. Khi do, gia tri T = a +2b+ 3c
béang KQ:

Cau 21. Trong khong gian Ozyz, cho mit phang (P): z—2z+10 = 0 va diém A(1;0;0). Mat phing (a) di qua A,
vuong goc véi (P), cach goc toa do O mot khodng bang 3 va cit cac tia Oy, Oz lan lugt lai cac diém B, C khong

tring O. Thé tich khéi tit dien OABC bang (két qua lam tron dén hang phan tram) KQ:

Cau 22. Mot nguon am phéat ra séng am 1a séng cau. Khi gan hé truc toa do Ozyz (don vi trén mdi truc 1a mét).
Cudng do am chuan tai diém 1(3;4;5) 14 tam ctia ngudn phat am v6i ban kinh 10 m. Dé kiém tra mot diém & vi
tri M (7;10;17) c6 nhan duge cuong do am phat ra tai I hay khong ngudi ta sé tinh khoang céch gitta hai vi tri I
va M. Héi khodng cach gitta hai vi tri I va M 1a bao nhiéu mét? KQ:
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ON TAP CHUONG 6

[
A-DE 1

@D cau tréc nghiém nhidu phuong én Iya chon

Cau 1. Cho A, B la cac bién ¢6 cia mot phép thit 7. Biét rang P(B) > 0, xac suat clia bién ¢d A véi diéu kien
bién c6 B da x4y ra dugc tinh theo cong thitc nao sau day?

B P(A|B) = f)ggi. (B)P(A| B) = PP()ZL;)'
(©P(A|B) = P}Eég)- (D)P(A|B) = P(%f‘fjgm.

Cau 2. Cho hai bién ¢6 doc lap A, B véi P(A) = 0,3; P(B) = 0,4. Khi d6, P(A | B) bang
B)o0,7. (B)0,12. (©)0,4. (D)0,3.
Cau 3. Cho hai bién ¢6 xung khic A, B véi P(A) = 0,2; P(B) = 0,4. Khi d6, P(A | B) bang
R)0,5. (B)0,2. (©)0,4. (D)o0.
~ 1
Caud. ChoP(A)=—-;P(B|A) = 3 Gia tri ctia P(AB) 1a
2 3 1 4
ﬁ- e E. @ 5- @ TS.
A — 1 _
Cau5. Cho P(A)==;P(B|A) = 7 Giéd tri clia P (BA) 1a
1 4 4 3
OF ® 5 o ©%
~ 1 — 1
Céu 6. Cho P(4) = = P(B| 4) = 3 P (B| 4) = . Gi tri ciia P(B) Ia
19 17 9 7
60 ®% %0 50
Cau 7. An c6 mot tii gom mot so chiée keo cling loai, chi khac mau, trong dé c¢6 6 chiéc keo so-co-la den, con

lai 1a 4 chiéc keo so-co-la trang. An lay ngdu nhién 1 chiéc keo trong tii dé cho Binh, r6i lai lay ngdu nhién tiép
1 chiéc keo nita trong tii va ciing dua cho Binh. Xéc suat dé Binh nhan dugc 2 chiéc keo so-co-la den 1a

1 1 2 3
®! ®! ©? bl
Cau 8. Ngudi ta nhap hai 16 hang vao kho. Lo tht nhat chia 10 san pham, trong d6 c¢6 3 phé pham. Lo thit hai
c6 4 phé pham va 8 san pham tét. Chon ngdu nhién mot san pham. Xéac suat chon duge mot san pham tot 1a

15 87 i 5

22° 15 22° 242"
Céau 9. Cho A, B 1a cc bién cb thoa man P(A N B) = 0,35; P(A) = 0,25: P(B) = 0,6. Gid tri ciia P(A | B)
bang

OF k) K8 OF
5 3 15 3
Cau 10. Mot bénh vién c6 hai phong kham 14 phong A va phong B véi kha nang Iita chon ctia bénh nhan 1a nhu

nhau. Ti lé bénh nhan nam c¢6 & phong A va phong B lan lugt 1a 60% va 40%. Mot ngusi bénh dude chon ngau
nhiéu tit hai phong kham va biét ngudi nay 1a nam, xac suat dé ngudi bénh duge chon dén tit phong A 1a

R)0,6. (B)0,5. (©)0,4. (D)0,3.

Céau 11. O mot dia phuong X, xéc suat dé mot nguvi 16n trén 40 tudi mic benh ung thu la 0,05. Xéc suat bac si
chan doan ding mot ngudi mic bénh ung thu 1a 0,78 va chan doan sai (khong bi ung thu nhung duge chan doan
mac bénh) 1a 0,06. Xac suat dé mot ngudi that sy mic bénh ung thu khi nhan duge két qua chan doan bi ung
thu bang

(A)0,40625. (B)0,096. (©)0,904. (D)0,59375.

Cau 12. Mot loai vaccine dude tiém & dia phuong X. Ngudi c6 bénh nén thi véi xac suat 0,35 c6 phan ting phu
sau tiém, ngudi khong c6 bénh nén thi chi c6 phan ing phu sau tiém vdéi xac suat 0,16. Chon ngau nhién mot

(S8 ) (SN )

(G111 )

y / J J
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ngudi duge tiem vaccine vi ngudi nay c6 phan tng phu. Tinh xac suit dé ngusi nay c6 bénh nén, biét ring ti le
ngudi c6 bénh nén ¢ dia phuong X 1a 18%.

315 31
o1 B) o1 (©)0,16. (D)0,063.

B3 cau trée nghiém diing sai

Cau 13. L6p 124 c¢6 40 hoc sinh, trong dé c6 25 hoc sinh tham gia cau lac bo Tiéng Anh, 16 hoc sinh tham gia
cau lac bo Toéan, 12 hoc sinh vita tham gia cau lac bo tiéng Anh vira tham gia cau lac bo Toan. Chon ngiu nhién
1 hoc sinh. Xét cac bién c6 sau

A: “Hoc sinh dugc chon tham gia cau lac bo Tiéng Anh”;

B: “Hoc sinh dugc chon tham gia cau lac bo Toan”.

Xét tinh ding, sai ciia cac khing dinh sau

a) P(A) =04. b) P(B) = 0,625. c) P(A|B) =0,75. d) P(B|A) =0,48.
Cau 14.
Cho so d6 hinh cay nhu hinh bén. Xét tinh ding, sai ctia cac khang dinh sau
a) P(AB) = 0,48. b) P(A|B) =0,5.
— P(B)P(A|B
¢) P(A|B) = 0.3. ay DBPAB)
P(A) 0,2

0,8

Cau 15. Trong mot hop c6 18 qua bong ban loai I va 2 qua bong ban loai II, cdc qua bong ban c¢6 hinh dang va
kich thudc nhu nhau. Mot hoc sinh 14y ngau nhién 1an lugt 2 qua béng ban (lay khong hoan lai) trong hop.
Xét tinh ding, sai ctia cac khang dinh sau
PN 2L 1z 9
a) Xéc suat de lan tha nhat 1lay duge qué bong ban loai 1T 1a 0"
b) Xac suat dé lan thit hai 1y duge qua bong ban loai I1, biét 1an thit nhat 1y duge qui béng ban loai 11, 1a
1
19° 0
c) Xac suat dé ca hai lan déu lay duge qua bong ban loai I 1a ——.
189

d) X&c suat dé it nhat 1 1an 1ay dugce qua bong ban loai I 14 100"

Cau 16. Mot xudng may st dung mot loai linh kién dudce san xuat tit hai co s6 I va I1. S6 linh kién do co s6 1
san xuat chiém 61%, s6 linh kien do co s6 II san xuat chiém 39%. Ti l¢ linh kién dat tiéu chuan ctia co s6 1, co s6
II 1an lugt 1a 93%, 82%. Kiém tra ngdu nhién 1 linh kién & xudng may. Xét cac bién cb
Ay : “Linh kién dugc kiém tra do co s6 I san xuét”;
Ay “Linh kien dugc kiém tra do co sd II san xuat’;
B: “Linh kién dugc kiém tra dat tiéu chuan”.
Xét tinh ding, sai ciia cac khing dinh sau
a) P(A;) = 0,39. b) P (B|As) = 0,82. c) P(B) = 0,89. d) P (A,|B) = 0,55.

B cau tréc nghiém tré 16i ngén

Cau 17. C6 hai hop dung cac vién bi cling kich thuéc va khdi lugng. Hop thit nhat chita 5 vién bi dé va 5 vién
bi xanh, hop thtt hai chita 6 vién bi dé va 4 vieén bi xanh. LAy ngiu nhién mot vién bi tit hop thit nhat chuyén
sang hop thit hai, sau dé lay ra ngau nhién mot vién bi tit hop thit hai. Tinh xac suat dé vien bi dugc lay ra tit
hop thit hai 1a vien bi d6 (lam tron dén hang phan tram). KQ:
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Cau 18. Trong s6 40 hoc sinh 16p 12A, ¢6 22 em diang ki thi nganh Kinh té, 25 em dang ki thi nganh Luat, 3
em khong dang ki thi cd hai nganh nay. Chon ngau nhién mot hoc sinh, biét ring em dé dang ki thi nganh luat.
Tinh xac suat dé em d6 dang ki thi nganh kinh té. KQ:

Cau 19. Trong mot tuan, Son chon ngau nhién ba ngay chay bo budi sang. Néu chay bo thi xac suat Son #n them
mot qua tring vao bita sang hom dé 14 0,7 . Néu khong chay bo thi xac suat Son &n thém mot qua tring vao bita
sang hom do 1a 0,25. Chon ngau nhién mot ngay trong tuan ciia Son. Tinh xac suat dé hom dé Son chay bo néu biét

rang bita sang hom d6 Son ¢6 an thém mot qua tring (lam tron dén hang phan tram). KQ:

Cau 20. Gia stt ¢6 khoang 40% thu dién tit (email) giti dén mot dia chi 1a thu rac. Ngudi ta stt dung mot thuat
toan dé phan loai thu réac, biét rang thuat toan nay cé thé phan loai dén 99% thu rac va ti 1é sai s6t khi phan loai
thu binh thuong thanh thu rac 14 5%. Tinh xac suat mot thu dién ti 13 thu binh thuong néu thu nay da dude

phan loai ding (lam tron dén hang phan tram). KQ:
Cau 21. -
N . P(B)P(A| B
Cho s6 do hinh cay nhu hinh bén. Tinh gia tri ctia biéu thric ( )P(Eél) | B)
KQ:
0,2
0,8 B

B
Cdu 22. Nam 2001, Cong dong chau Au c6 lam mot dgt kiém tra rat rong rai cdc con bd dé phat hien nhing
con bi bénh bo dién. Khong c¢6 xét nghiém nao cho két qué chinh xac 100%. Mot loai xét nghiém, ma & day ta goi
la xét nghiem A cho két qua nhu sau: khi con bo bi bénh bo dién thi xac suit dé cé phan tng duong tinh trong
xét nghiem A 14 70% con khi con bo khong bi bénh thi xédc suat dé c6 phan tng duong tinh trong xét nghiem A
12 10%. Biét rang ti 1é bo bi mac bénh bo dién ¢ Ha Lan 1a 13 con trén 1 000 000 con (Nguon: F. M. Dekking et
al., Amodern introduction to probability and statistics Understanding why and how, Springer, 2005). Khi con bo
¢ Ha Lan c6 phan ting duong tinh véi xét nghiem A thi xac suat dé né bi méc bénh bo dién 14 P, tinh 1000P (lay

gan ding dén hang phan tram). KQ:
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AL =

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho hai bién ¢6 A va B. X4c suat clia bién c6 B, tinh trong diéu kién biét ring bién c6 A da xay ra,
dugc goi 1a xac suat clia B véi diéu kien A ki hieu 1a

(AP (A|B). (B)P (B A). (©)P (AB). (D)P (B).

Cau 2. Cho hai bién c6 A va B. Biét rang xac suat ciia bién c6 A bang 0,6; xac suat clia bién cb bién c6 B trong
diéu kién bién c6 A da xay ra bang 0,2. Tinh xac suit clia A vi B déu xay ra.

3 3 1 2
o B) T © 3 (D) 3
Cadu 3. Gico hai con xtic xic can déi dong chat. Tinh xéc suit dé tdng s6 cham trén hai con xtc xdc bang bing
8 néu biét ring it nhat c6 mot con xtc xac xuat hién mat 3 cham.
) 2 11 2
i ®: 5 i
Cau 4. Cho A va B 1a hai bién cb. Trong cac ménh dé sau, ménh dé ndo sai?
() V6i P (B) > 0. Khi d6 P (A | B) = P (B) - P (AB).
Néu A va B la hai bién ¢6 doc lap thi P (B) = P (B | A).
(©)V6i P(B) >0.Khido P (A| B) =1-P(A| B).
(D)Néu A va B la hai bién c6 doc lap thi P (A | B) =P (A | B).

Cau 5. Cho A va B la hai bién cb. Cong thitc nao dudi day la cong thiic tinh xac suat toan Eh?m? -
(AP (A)=P(B)-P(A|B)+P(B)-P(A]|B). (B)P(A)=P(B)-P(A| B)+P(B) P (4| B).
(©P(A)=P(B)-P(A|B)+P(B) -P(A]|B). (D)P(A) =P (B)-P(A|B)+P(B) -P(A|B).

Céu 6. Cho hai bién ¢6 A va B ¢6 P (A) =0,3; P(B) = 0,5 va P (B | A) = 0,4. Tinh P (A | B).
R)0,6. (B)0,24. (©)0,15. (D)0,5.

Cau 7. Cho hai bién ¢6 A va B ¢6 P (A) =0,7; P(B) = 0,4 va P (AB) = 0,2. Tinh xac suat bién c6 B vdi dieu
kién A.

1 4 2 7

OF ® ©3 ]

Cau 8. Cho hai bién ¢6 A va B ¢6 P (A) = 0,6; P(B) = 0,4 va P (AB) = 0,3. Xac suat bién c¢6 A khong xay ra
v6i diéu kien B la

kd OF GE OF

10° 4 2 4
Cau 9. Trong hop c6 7 vién bi mau xanh, 5 vién bi mau do, cic vién bi c6 cing kich thuée va khoi lugng. An lay

ngau nhién mot vién bi tit hop khong tra lai, sau dé6 Binh ldy mot vien bi trong cac bi con lai. Tinh xac suat dé
An lay dugce bi mau xanh va Binh lay duge bi mau dé.

35 . 1 k)
132° 144° 11° 132°
Cau 10.

Cho s6 dd cay nhu hinh vé bén. Khang dinh nao sau day sai?

(AP (A)=0,3. P (B) = 0,54. @
(©P(A|B)=0,6. DP (B|4) =02 a

(%)
@)
(92)
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y J/ J J
~ PR . P 2 )

Cau 11. Cho hai bién c¢6 ngau nhién A va B. Biét rang P(A| B) = gP (B|A) va P(AB) # 0. Tinh ti s6

P (4)

P(B).

®s. ®; GH ®,

Cau 12. Cho hai bién ¢6 ngau nhien A va B. Biét rang P (A) = g; P(B|A) = i va P(B|A) = é Tinh
P (BA).

43 2 3 17

150 ® 5 150
[Caul. B ||[Cau2. A  |[Cau3. D |[Cau4. A  |[Cau5. D |[Cau6. B |
[Cau7. C  ||[caus. D  |[Cau9. A  |[cau10. C  |[Cau1l. B  |[cau12. B |

B3 cau trdc nghiém diing sai

Cau 13. Mot nha may thyc hién khao sat toan bo cong nhan vé syt hai long clia ho vé diéu kién lam viéc tai
phan xuwdng. Két qua khdo sat nhu sau:

Két qua khao sat
Hai long | Khong hai long

Khao sat cong nhan

S6 cong nhan xudéng I 23 12

S6 cong nhan xudng 11 25 15

G#p ngau nhién mot cong nhan ctia nha méy. Goi A 1a bién c6 “Cong nhan d6 lam viéc tai phan xuéng I” va B
13 bién cb6 “Cong nhan dé hai long véi didu kieén lam viéc tai phan xuéng”. Xét tinh ding sai clia cac phat biéu
sau. .
a) Xac suét ctia bién ¢6 A 1a 5
b) Xac suét clia bién ¢6 B la 0,65.
c) Xac suat gip dugc cong nhan khong hai long vé6i dieu kieén 1am vigc tai phan xudng biét cong nhan dé thuge
usng I la —.
X g Z 35 Z N
d) Xéc suat gap dugc cong nhan thudc xudng II biét cong nhan d6 hai long véi dieu kién lam viéc tai phan
xudng 1a 0,52.
Cadu 14. Cho hai bién ¢ A vi B ¢6 P(A) = 0,35; P(B | A) = 0,6 va P(B | A) = 0,2. M&i phét bié¢u dusi day
diang hay sai?

a) P(A) =0,65. b) P(AB) =0,2. c) P(B|A) =04 d) P(B) =0,34.
Cau 15.
Cho so do cay nhu hinh vé. Xét tinh ding sai ctia cac phat biéu
sau. .

a) P(A4) =0,25. b) P (AE) =3

c) P(B)=0,65. d) P(A| B) =0,16.

Cau 16. Trong mot trudng hoc, ti 1é hoc sinh nit 14 55%. Ti lé hoc sinh nit va ti 1é hoc sinh nam tham gia cau
lac bo tiéng anh lan lugt 13 20% va 15%. Gap ngau nhién 1 hoc sinh ctia trudng. Goi A 1a bién ¢6 “Hoc sinh d6 1a
nit” v B la bién c6 “Hoc sinh dé tham gia cau lac bo tiéng Anh”. Xét tinh dung sai ciia cic phat biéu sau.
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J Ph&n 7. ON TAP CHUONG Khi thainh céng ban néi gi cing ding

y / J J

a) P(4) = 0,45.
b) P(B|A)=0,15vaP(B|A) =0,2.
c) Xé&c suat dé hoc sinh d6 c6 tham gia cau lac bo tiéng Anh 1a 0,1675.

R . . . 2
d) Biét rang hoc sinh ¢6 tham gia cau lac bo tiéng Anh. Xac suat hoc sinh d6 1a nam bang 1

Caul13. @p(d)s(©b@ S Caulda. @)P(D)S(@©DPP
Cauls. @P(d)s()s(dP Caule. @b(d)s(c)s@P

B cautrdc nghiém tré 16i ngén

Cau 17. L6p 12A ¢6 40 hoc sinh, trong d6 c¢6 22 ban nit va 18 ban nam. C6 3 tén Hién gom hai ban nam va mot
ban nit. Thay gido chon ngau nhién mot ban lén bang lam bai tap. Tinh xéc suat dé chon ding ban tén Hién la
ban nam (két qud lam tron dén hang phan tram).

KQ:

Cau 18. Mot hop dung 30 vién bi kich thude, chat lieu nhu nhau, trong dé c6 20 vién bi xanh v& 10 vién bi
trang. Lay ngdu nhién ra mot vien bi khong bé lai trong hop, roi lai iy ngdu nhién ra mot vién bi nita. Tinh xac
suat dé lay dugc mot vien bi trang & lan thit nhat va mot vien bi xanh & lan thit hai (két qud lam tron dén hang
phan tram). KQ:

Cau 19. Khéo sét ti 1é ngudi dan trong mot xa nghien thudce 14 1a 20%; ti 1& ngusi bi bénh phdi trong s6 ngudi
nghién thudc 14 1a 70%, trong s6 ngudi khong nghién thude 14 1a 15%. Hoi khi ta gip ngiu nhién mot nguoi dan

ciia cia xa d6 thi kha nang ma ngudi dé bi benh phdi 1a bao nhieu %? KQ:

Cau 20. C6 2 xa thti loai I va 8 xa thi loai II, x4c suat ban tring dich clia cac loai xa thii loai I 1a 0,9 va loai II
13 0,7. Chon ngau nhién ra mot xa thi vA xa thit d6 ban mot viéen dan. Tim xéac suat dé vien dan dé tring dich.

KQ:

Cau 21. Khéo sat sy yéu thich mon Toan ciia hai 16p 12 ctia mot truong. Lép 12A1 ¢6 40 hoc sinh va c¢6 80%
hoc sinh thich mén Toan, 16p 12A2 ¢6 32 hoc sinh va ¢6 75% hoc sinh thich mon Toan. Chon ngau nhién mot hoc
sinh. Biét ring ban d6 yéu thich mon Toan, tinh xac suat ban doé hoc 16p 12A1 (két qud lam tron dén hang phan
tram). KQ:

Cau 22. Hop thit nhat ¢6 6 vien bi dé va 4 vién bi xanh, hop thit hai ¢6 4 vién bi dé va 6 vién bi xanh, cic vién
bi c6 cting khéi lugng va kich thuée. Lay ngau nhién 1 vién bi tit hop thit nhat bd sang hop thi hai. Sau d6 tir
hop thit hai 1ay ngau nhién ra mot vién bi. Biét rang vién bi lay ra tit hop hai 1a vién bi mau dé. Tinh x4c suat
vien bi bo tit hop tht nhat sang hop thit hai la mau xanh (két qud lam tron dén hang phan tram).

KQ:

[Cau17. 0.25 | [Cau18. 023 | [Cau19. 26 |
\Céu 20. 0,74 \ \Cau 21. 0,57 \ \Céu 22. 0,35 \
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J Khi thanh céng ban ndi gi cing ddng
yV J/ J J

Y 7 P idere 8
ON TAP THI HOC Ki

o ON TAP GIUAKY 1
N4 o
A-D

]

T/

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Cho ham s6 y = f(z) c6 bang bién thien nhu sau

T —00 0 3 +o00
Y — 0 + 0 -
+o0 -1

Ham s6 da cho dong bién trén khoang nao dudi day?

@) (~o0;1). (0:3). ©(3; +00). ©)(-4-1).
Cau 2. Gia tri 16n nhat cia ham s6 y = 2 — 22 + 13 trén doan [—1;2] bing

1
(A)85. B) %. (©)13. (D)25.
Cau 3.

Cho ham s6 f(z) lién tuc trén [—1;3] va ¢6 do thi nhu hinh vé ben. Gia tri 16n nhat y
clia ham s6 trén [—1; 3] bang

@0- 1. @2_ @3' 2 _________

O] P ——
]

2024z +1
—1a
r—1

1 1
Ay = —2024. (B)y = 2024. @y:m. @y:—m.

Cau 4. Tiem can ngang ctia do thi ham s6 y =

Cau 5.

166/215 ’

B ThS. Nguyén Hoang Viét — @ 0905.193.688 /‘
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Cho ham s6 y = f(z) ¢6 do thi nhu hinh vé bén. Ménh dé nao duéi day 1a dang? y
@ Ham s6 f(z) dat cuc tiéu tai x = —1. Ham s f(z) dat cyc tiéu tai z = 0.
@Ham s6 f(z) dat cuc dai tai z = 1. @Ham s6 f(z) dat cuc tiéu tai x = 1. 3
21-->
1
|
-1 |
4 x
[ ol 1

Cau 6. DO thi ctia ham s6 y = (2 — 9) (z + 3) cit truc hoanh tai bao nhicu diém phan biet?
® 2. B)3. (©)4. D)1.

Cau 7. Nhan ngay quoc té Phu nit 8 — 3 nam 2019. C)ng A d&a mua ting v¢ mot mon qua va dat né trong mot
chiéc hop chit nhat c6 thé tich 14 32 (dvtt) c6 day 1a hinh vuong va khong nip. Dé mén qua trd nén dac biet va
xiing tam véi gia tri ctia né, ong quyét dinh ma vang chiéc hop, biét ring do day ctia 16p ma trén moi diém ctia
chiéc hop 1a khong ddi va nhu nhau. Goi chiéu cao va canh day ctia chiée hop lan lugt 1a h va 2. Dé lugng vang
trén hop 1a nho nhat thi gia tri cta h va x 1a7?

Bh=22=1. B)h=2,2=4. @h:\f,x:ZL D)h =4,z =2.

Cau 8. Mot con ca hoi boi nguge dong dé vugt qua mot khoang cach 14 300 km. Van téc dong nudc 1a 4 km/h.
Gia st van toc boi clia ca khi nuée ding yen 1a v km/h thi nang lugng tieu hao clia cé trong ¢ gio duge cho bdi
cong thiic E(v) = cv3t, trong d6 ¢ 1a hing s6 cho trude, E tinh bing Jun. Tim van téc boi ciia c4 khi nude ding
yen dé niang lugng tieu hao it nhat.

(A)6 km/h. (B)8 km/h. (€©)9 km/h. (D)5 km/h.

Cau 9. Biét hai do thi ham s6 y = 22 + 222 — 32 + 1 vd y = 222 — 1 cit nhau tai hai diém A, B. Tinh do dai
doan AB.
B35 ONeid ©5v3. ONE

Cau 10. Do gidm huyét ap ctia mot bénh nhan duge cho bdi cong thite G(x) = 0,03522(15 — ), trong dé z 1a lidu
lugng thude duge tiem cho bénh nhan (z duge tinh bang miligam). Liéu lugng thude can tiem (don vi miligam)
cho bénh nhan dé huyét 4p giam nhiéu nhat 1a

@5528. 33:10. @x:15. @:1::7.

Cau 11. Cho ham s6 y = f(z) lién tuc tréen R va ¢6 bang bién thién nhu hinh vé sau

T —00 -3 0 2 4 +00
f'(z) —~ 0 + 0 — 0 + 0 -

f(z) +°°\4/3\2/2\00

Ham s6 h(z) = 2f3(z) — 3f%(x) c6 bao nhieu diém cyc dai?

a7 (B)14. (©5. (D)6.

~ P . . . . T a1 P 2 4
Cau 12. S0 cac gia tri nguyén ctia tham s6 m thudc [—2023;2023] de do thi ham s6 y = vt
xT—m

c6 tiém cén ding

nam bén trai truc tung 1a

(A) 4044. (B)2022. (©)2023. (D)4046.

B3 cau tréc nghiém diing sai

Cau 13. Ham s6 y = f(z) x4c dinh, lién tuc trén R va ¢6 bang bién thién nhu hinh vé bén duéi. Khi do:
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J 1. Ontap gidaky 1 Khi thanh céng ban ndi gi cing ddng
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x —00 -1 0 1 +00
Yy’ + 0 + 0 - 0 +
1 400
) 0 / \ /
+0o0 / -1

a) Trong doan [—1;1] ham s6 dat gid tri 16n nhat bang 1.

b) Ham s6 ¢6 gia tri 16n nhat bang 1 va gia tri nhé nhat bang —1.
c) Ham sb c¢6 ding hai cyc tri.

d) Ham s6 dong bién trong khoang (—oc;0).

Cau 14. Cho ham s6 y = f(z) xac dinh va lién tuc trén R va ¢6 do thi ctia dao ham y = f’(z) nhu hinh bén
duéi. Khi do:

Yy
/ \ O x
—4
a) Ham s6 nghich bién tren khoang (—3;0). b) f(—4) > f(-2).
c) f(0) > f(3). d) Ham sb6 y = f(z) c6 hai diém cuyc tri.
Cau 15. Cho ham s6 y = f(x) ¢6 do thi ctia ham s6 y = f’(x) nhu hinh vé.
Y
-1 1 4
(0] x
Xét ham s6 g(z) = f(|3 — =|). Khi dé:
a) Ham sb g(x) c6 3 cuyc tiéu. b) Ham s6 g(z) dong bién trén khodng (—oo; —1).
c) Ham s6 g(z) c6 4 cyc tri. d) Ham s6 g(x) dong bién trén khoang (—1;2).

Cau 16. Dan sb clia mot qubc gia sau ¢ (nam) ké tit nam 2023 duge uée tinh bdi cong thite: N(t) = 100e2012
(N(t) dugc tinh bang trieu ngudi, 0 < ¢ < 50). Xem N (¢) la ham s6 ctia bién s6 ¢ xac dinh trén doan [0; 50]. Dao
ham ctia ham s6 N(t) biéu thi tdc do ting dan s6 ctia qubc gia do (tinh bing tricu ngudi/ nam).

a) Vao nam 2054 dan s6 nude ta u6e tinh vao khodng 145 trigu ngudi.

b) Ham s6 N(t) dong bién tren doan [0;50].

c) Toc do tang dan s6 gidm dan trong giai doan sau 40 dén 50 nam.

d) Vao nam 2047 nao téc do tang dan s6 clia quoc gia dé xap xi 1,6 trieu ngudi/ nam.
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

y / J J

Cédu tréc nghiém trd 18i ngén

2
~ N ) —14 .
Cau 17. D6 thi ham s6 y = v tse—d ¢6 tong cdong bao nhiéu duong tiém can? KQ:
x? — 3z +2
Cau 18.
Cho ham s6 y = f(x) ¢6 dd thi nhu hinh vé. S6 nghiém cia phuong trinh f2(x) — f(x) = 2 y
la bao nhiéu? KQ:
Cau 19.
Cho d6 thi ham s6 y = f(x) ¢6 do thi nhu hinh vé bén. Ham s6 y = f(z) nghich bién trén y
khoang (a;b). Tinh 2024a — b. KQ: 2
1N
1) l x
|| =2 i
Cau 20.
Cho ham s6 y = f(z) ¢6 dao ham trén R va do thi nhu hinh vé bén. Xét ham sb y
g(z) = f (# + 22) + m. Gia tri clia tham s6 m dé gia tri 16n nhat ctia ham so g(x) I
tren doan [0; 1] bang 10 1a bao nhiéu? KQ: / \
(0]
1
Cau 21.
Cho d6 thi ham s6 y = f(2 — #) nhu hinh vé. Him s6 y = f (22 — 3 y
nghich bién trén khoang (a;b). Tinh b —a. KQ: F2—2)

Cau 22. C6 haixa A, B cing  mot bén bo song Lam, khoang cach tit hai xa d6 dén bo song lan lugt 1a AA” = 500
m, BB’ = 600 m va ngudi ta do dugec A’B’ = 2200 m. Cac ki st muén xay mot tram cung cap nuéc sach nam
bén b song Lam cho dan hai xa. Dé tiét kiem chi phi, cac ki su can phai chon vi tri M ctia tram cung cip nuéc
sach dé trén doan A’B’ sao cho téng khoang cach tit hai xa dén vi tri M 1a nhé nhat. Hay tim gia tri nhé nhat

clia téng khoang cach doé. KQ:
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y J/ J J/

500 m 600 m

2200 m

170/215 '

B ThS. Nguyén Hoang Vit — @ 0905.193.688 m




J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

AL =

“ Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1.
Cho ham s6 y = f(z) ¢6 do thi nhu Hinh 1. Ham s6 y = f(z) dong bién trén khoang y

®) (5;+00). B (3;5). (©)(0;5). D) (3; +00).

Hinh 1
Cau 2.
Cho ham s6 y = f(x) c6 do thi nhu Hinh 1. Ham s6 dat cyc dai tai

@sz. :U:?). @x:4. @sz.

Hinh 1

~ ) 24z +1 , ,
Cau 3. Cho ham s6 y = % Trong cac khing dinh sau, khang dinh nao ding?

@ Ham s6 dat cuc tiéu tai x = 3, gia tri cuc tiéu la y = 2.

Ham s6 dat cuc tiéu tai x = 5, gia tri cuc tiéu 1a y = 6.

@Ham s6 dat cuc tiéu tai o = 3, gia tri cuc tidu la y = 6.

@Hém s6 dat cuc tiéu tai x = 5, gia tri cuc tiéu la y=2.
Cau 4.

Dao ham ctia ham s6 y = f(x) 1& ham 86 ¢6 do thi dugc cho trong y
Hinh 2. Ham s6 y = f(x) nghich bién trén khoang

@) (-1:9) ®) (-3:1). (©)(1;5). (D) (3; +00). <

Cau 5. Gi4 tri nho nhat clia ham s6 y = Va2 + 2z + 3 trén doan [—2; 3] 1a
B 3. (B)v/30. ©v2. D)o0.

22° + 32% — 3 ,
$+2—$1 &4 dudng thang c¢6 phuong trinh
J: —

By =2x+3. B)y =2z +1. ©y=z+3. Dy=x+1.
—2z +

3 )
——  la duong thang ¢6 phuong trinh
or + 1

1 1 2 2

A 2 _2 - 3 2 . 2 .
Cau 8. Cho ham s6 y = 43:— Trong cac khang dinh sau, khang dinh nao dang?
-

171/215 ’ B ThS. Nguyén Hoang Vit — @ 0905.193.688 /‘

Cau 6. Tiem can xién ctia do thi ham s6 y =
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J 1. Ontap gidaky 1 Khi thanh céng ban ndi gi cing ddng

y / J J

@ Ham s6 dong bién trén (—oo; —4) va nghich bién trén (—4; +00).
Ham s6 dong bién trén (—oo;4) va (4;+00).

@Ham s6 nghich bién trén (—oo;4) va (4; +00).

@Ham s6 nghich bién trén (—oo; —4) va (—4; +00).

Cau 9. Cho ham s6 y = f(z) c6 dao ham trén R va ham s6 y = f/(z) ¢6 do
thi nhu Hinh 31. Y
Ham s6 y = f(z) dong bién trén khoang:

(&) (—o0;1). (05 1).
(©)(0;2). (D) (1;2).

y:f/(z‘)

Hinh 31

dx +4 .
— = 1a
2 +2x+1

@®)o0. B)1. (©)2. (D)3.

Cau 10. S6 duong tiém can ding va tiém can ngang ctia do thi ham s6 y =

Cau 11. Ham s6 nao c¢6 do thi nhu Hinh 327 Y.
@y:—a:3+3a:—2. y:—x3—2.
©y=—$3+3$2—2. @y=x3—3x—2. 27----- :
O 2 T
—2
Hinh 32
Cau 12. Duong cong & Hinh 33 13 do thi clia ham s6 nao sau day? y
(A — O }
z—1 -z 1
©y="17 @y=—-. o
r+1 z+1 —2!-1; O v
_______ I
N |
___3 _____ »
Hinh 33

B3 cau trdc nghiém diing sai

Cau 13. Cho ham s6 y = f(z) = 2% + az? + bz + ¢ ¢6 do thi nhu hinh vé.
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

y / J J

Xét tinh ding sai clia cac phat biéu sau
a) Ham s6 dong bién tren khoang (0;2). 9
b) Khoéang cach giita hai cyc tri ctia ham s6 1a 2.
c) Tong a+b+c=—1.
d) Ham s6 g(z) = f(f(z)) dong bién trén khodng (0;1).

2
0 | z
)% I ‘
A N ax +b P . <
Cau 14. Cho ham s6 y = f(z) = q @ bang bién thién nhu hinh vé.
cx
a) Do thi/ham sO nhan du’(\m/.g thang x = 1 lam tiém can ding. z | —oo 1 oo
b) Ham s6 da cho nghich bién trén R\ {1}.
¢) Tam d6i xting ctia do thi ham s6 1a I(1;2). Y - -

) . b
d) C6 2024 s6 nguyen m tren [—2024; 2024] dé phuong trinh |22 d' — 2 +o0
C

T + y \
m c6 2 nghiém phan biét. \

a) Ding. Do thi ham s6 nhan dudng thang # = 1 lam tiém can diing.

b) Sai. Ham s6 nghich bién trén cac khoadng (—oo;1) va (1;+00). Khong nghich bién trén R\ {1} vi f(5) > 2 >
£(0).

c) Dung. D5 thi ham s6 nhan duong thing y = 2 lam tiém can ngang, do d6 tam ddi xtng cia do thi ham s6
1a I(1;2).

. . . . b
d) Sai. Tt bang bién thién ctia ham s6 f(x) ta ¢6 bang bién thién ctia ham s6 | f(z)| nhu sau (6 day z9 = ——).
a

y - + -
“+o00

) 2\0/4-00 \

2

ar+b

Dura viio bang bién thién ta thay phuong trinh d' = m ¢6 2 nghiém phan biét khi va chi khi 2 # m > 0,

cx +
do d6 c6 2023 gia tri nguyén ctia tham s6 m théa yéu cau.

Cau 15.
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J 1. Ontap gidaky 1 Khi thanh céng ban ndi gi cing ddng

y / J J

Cho ham s6 y = W c6 do thi nhu hinh vé. Xét tinh dung y
sai clia cac phat biéu sau
a) Do thi ham s6 nhan dudng thang z = 1 lam tiém can ding.
b) D thi ham s6 nhan diém I(1;1) lam tam ddi xing.
c) Gié tri clia a + b+ ¢+ m bang 1.
d) Dudng thang di qua hai diém cyc tri ciia do thi ham sb 1a
y=2z+ 1.

Cadu 16. Mot chat diém chuyén dong theo phuong trinh li do z(t) = —3 + 18¢% +¢ + 3, trong d6 ¢ tinh bang giay
va x tinh bing mét. Xét tinh ding sai clia cac phat biéu sau

a) Li do ctia chat diém & thoi diém ¢ = 4 giay 1a 231 mét.

b) Van toc clia chat diém tai thoi diém ¢ = 5 giay 14 106 (m/s).

c) Gia tdc ctia chit diém tai thoi diém ¢t = 10 giay 1a 24 (m/s?).

d) Khi van téc ctia chat diém dat gia tri 16n nhat thi li do ctia chat diém 1a 231 (m).

Cédu tréc nghiém trd 181 ngén

Cau 17.
Cho ham s6 bac ba y = f(x) = az® + bx? + cx + d, v6i a # 0 c6 d6 thi nhu Hinh 3. Hay y
tinh gia tri cta a + b+ ¢ — d. 5
1
0]
KQ:
Cau 18. Tim gia tri cuc dai clia ham s6 y = 23 — 622 4 92 + 30. KQ:

Cau 19. Hop sita 1 lit duge thiét ké dang hinh hop chi nhat véi day 1a hinh vuoéng canh 2 cm. Tim z dé dién
tich toan phan ctia hop nhé nhat. KQ:

Cau 20. Khi mau di chuyén tit tim qua céc dong mach chinh rdi dén céc mao mach va quay trd lai qua céc tinh
mach, huyét ap tam thu (tic 1a 4p lyc cia mau lén dong mach khi tim co bop) lien tuc gidm xudng. Gid st mot
ngudi ¢6 huyét a4p tam thu P (tinh bing mmHg) dugc cho bdéi ham s6

2574125

P(t) = t <10
()= =0t <10,

trong d6 thoi gian ¢ duge tinh bing giay. Tinh tdc do thay doi ctia huyét ap sau 5 giay ké tit khi mau r&i tim.

KQ:

Cau 21. Mot nha sdn xuat can lam nhitng hop dung hinh tru cé thé tich 1 lit. Tim céc kich thudc ctia hop dung
dé chi phi vat licu dung dé san xuét 1a nho nhat (két qué duge tinh theo centimét va lam tron dén chi s6 thap

phan thit hai). RQ: ‘ | | | ‘
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JPhén 8. ONTAP THI HOC Ki Khi thanh cong ban néi gi ciing ding

y J/ J J
Cau 22. Mot duong day dién dude néi tit mot nha may dién 6 A dén mot hon ddo ¢ C nhu Hinh 1.40. Khodng
cach tit C' dén B la 4 km. B bién chay thang tit A dén B véi khoang cach 1a 10 km. Téng chi phi ldp diit cho
1 km day dién trén bién la 50 triéu dong, con trén dat lién 1a 30 trieu dong. Diém M trén doan AB khoing bao

nhiéu km (diém noi day tir dat lien ra ddo) dé tong chi phi lip dat 14 nho nhat. KQ:
C
4km
B A
M
Hinh 1.40
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J 1. Ontap gidaky 1 Khi thanh céng ban ndi gi cing ddng

AL

BB cau trdc nghiém nhidu phurong én Iya chon

Cau 1. Cho ham sb6 f(x) c6 bang bién thién nhu sau

T —00 -1 0 1 +o0
f/(a:) — 0 + 0 — 0 +

ol N N

Ham s6 da cho dong bién trén khodng nao duéi day?

B) (—o0; —1). B)(0;1). (©(-1;1). (D)(~1;0).
A Z 2 Z 1
Cau 2. Tim gia tri thyc ctia tham s6 m dé ham so y = §x3 —ma? + (m2 — 4) x + 3 dat cuc tri tai x = 3.

@mz—l;mz—?. m:—7. @sz;mzl. @m:5.

Cau 3.
Cho ham s6 y = f(x) lién tuc trén doan [—1;3] va ¢6 do thi nhu hinh bén. Goi M va y
m lan lugt 1a gia tri 16n nhat va gia tri nhé nhét ctia ham s6 da cho trén doan [—1; 3]. P I

Gia tri cia M — m bang

@)1 B)4. (©)s. (D)o. 2

Wer———m—m ===

Cau 4. Xét ham s6 y = f(x) v6i x € [—1;5] ¢6 bang bién thién nhu sau

T -1 0 2 5
Y + - +
4 400
) / \ /
3 0

Khing dinh ndo sau day ding?
(A)Ham s6 da cho khong ton tai gia tri 16n nhat tren doan [—1;5].
Ham s6 da cho dat gia tri nhé nhét tai x = —1 va x = 2 trén doan [—1;5].
@Ham s6 da cho dat gid tri nho nhat tai = —1 va dat gid tri 16n nhat tai = —5 trén doan [—1;5].
@ Ham s6 da cho dat gia tri nhé nhat tai z = 0 trén doan [—1;5].

Cau5. Chohamsé y = f(x) c6 lim y=1vh lim y = —1. Khing dinh nio sau day la khing dinh ding?

z—+o0 T——00
(A) Do thi ham s6 da cho khong c6 tiem can ngang.
D6 thi ham s6 da cho c¢6 ding mot tiém can ngang.
@ Do thi ham s6 da cho c6 hai tiém can ngang la cac duong thing y =1 va y = —1.
@ D06 thi ham s6 da cho c¢6 hai tiem can ngang la cac duong thing z = 1 va . = —1.
522 —dx — 1 A
2 -1

@o. ®1. ©2. D3.
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Cau 6. Téng s6 tiem can ding va tiém can ngang ctia do thi ham s6 y =




y Phén 8. ON TAP THI HOC Ki

Khi thanh cong ban ndi gi cing ddng

Cau 7.

D6 thi ctia ham s6 duéi day c6 dang nhu dudng cong bén?
@ y=a3—3x+1.
©y=—a*+2:2+ 1.

Cau 8.

D6 thi ctia ham s6 nao duéi day c6 dang nhu duong cong trong duéi day?

@y =23 — 322,

@y = 2t 4222

y:x4—2x2.

Cau 9. Ham s6 nao dudi day c6 bang bién thién nhu sau:

y:x4—2x2+1.

D@y =—2*

y / J J

AV
@y:—x3+3x2. //\j/\\ x

T —00 —1 1 +00
y' — 0 + 0 -
400 2
—2 —00

@y:$3—3$. y:x2—2x.

@y = —22 + 22.

@y = —2% + 32.

Cau 10. Gia st chi phi (tinh bing tram nghin déng) dé san xuat x don vi hang héa nao dé 1a C(x) = 23000 +

50z — 0,522 4+ 0,0017522. Tim ham chi phi bien.
21

@y:4000z2—x+50.
21
@Z/Z 1000~ — x + 23050.

y = 0,0017522 — 0,52 + 50.

(D)y = 0,001752% — 0,5z + 23050.

Cau 11. Khi mau di chuyén tit tim qua cac dong mach chinh roi dén cdc mao mach vi quay trd lai qua cac tinh
mach, huyét ap tam thu (titc 14 4p Iyc clia mau léen dong mach khi tim co bop) lién tuc gidm xuéng. Gia st mot

ngudi c6 huyét 4p tam thu P (tinh bang mmHg) dugc cho bdi ham s6 P(t)

2524125

=i , 0 <t <10, trong do

thai gian ¢ duge tinh bang giay. Tinh téc do thay déi clia huyét ap sau 5 giay ké tit khi mau roi tim.

250

169°

875
13°

@ Tang Tang

500
13°

250

(€) Giam =5 (D) Giam

Cau 12. Ngudi quan 1 cia mot khu chung cu ¢6 100 can ho cho thué nhan thiy rang tat ci cic can ho sé c6
ngudi thué néu gia thué mot can ho 1a 8 tricu dong mot thang. Mot cudc khio sat thi trudng cho thiy rang, trung
binh cit méi lan tang gid thué can ho them 100 nghin dong thi s& c6 thém mot can ho bi boé trong. Ngudi quan 1
nén dit gia thué mdi cin ho 1a bao nhiéu dé doanh thu 1a 16n nhat?

(A) 10000000. (B)810000000.

B3 cau tréc nghiém diing sai

Cau 13.

(€)9000000. (D)800000000.
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J 1. Ontap gidaky 1 Khi thanh céng ban ndi gi cing ddng
Cho ham 86 y = 23 — 3z + 1 ¢6 do thi (O) y
a) Tap xac dinh 2 = R.
b) D6 thi ham s6 cat truc hoanh tai 2 diém phan biét.
¢) Ham s6 dong bién trén (—oo; —1) U (1; +00).
d) Do thi ctia ham s6 trén c¢6 dang nhu hinh 1.

~ L 2x —
Cau 14. Cho ham so y = v

a) Do thi (C) c6 tam ddi xing la (1;2).
. . N 3
b) Phuong trinh tiép tuyén cua do thi (C) tai M (3; 5) laz—4y+3=0.
c) Vé6i m = 1 thi duong thing d cit (C) tai hai diém phan biét.
d) V6i m < 1 thi d cit (C) tai hai diém phan biét duong.

3 N 8
1 c6 do thi (C) va duong thang d: y = x + m.

Cau 15. Ngudi ta bom xing vio binh xiing ctia mot xe 6 t6. Biét rang thé tich V (lit) clia lugng xang trong binh
xang tinh theo thdi gian bom xang t (phiit), sau 30 giay thi day binh. Cong thiic xac dinh lugng xing duge dd
vao trong thai gian ¢ 1a

V(t) =300(t* —t3) +4v6i 0 <t <0,5.

(Nguon: R.I. Charles et al., Algebra 2, Pearson)
a) Ban dau trong binh x#ng c6 4 lit xang.
b) Lugng xang c6 trong binh xang sau 12 giay 1a 13,6 lit.
c) Dung tich cia binh xdng trong xe la 45 lit.

d) Khi x@ng chdy vao binh xang, goi V(t) 1a téc do tang thé tich tai thoi diém ¢ véi 0 < t < 0,5. Xang chay
vao binh xang & thoi diém 15 giay c6 tdc do ting thé tich la lén nhat.

~ P 1
Cau 16. Cho ham s6 y = —§x3 —ma?+ (2m — 3)z —m + 2.

. . 3 .
a) V6i m = 1 thi ham s6 nghich bién trén R. b) Véi m = 3 thi ham so6 dat cuc dai tai z = 0.
¢) V6i 0 <m <1 thi ham s6 nghich bién trén R. d) V6i m < —7 thi ham s6 dong bién tren (2;3).

Cau tréc nghiém trd 1&i ngén

Cau 17. Biét ring ham s6 y = —a3 + 322 — 4 dong bién trén khoang (a;b). Tinh a +b. KQ:

Cau 18.

Cho ham s6 y = f(x), ham s6 f/(z) = 2° + ax?® + bx + c(a,b,c € R) c6 do thi nhu hinh vé y
beén. Biét rang ham s6 g(z) = f (f’(z)) nghich bién trén khoang (O; %) véi a 1a s6 hitu ti

va b 1a s6 nguyéen duong. Tinh a® + b.

KQ:

Céau 19. C6 bao nhiéu gia tri ciia tham s6 a thudc doan [—10;10] dé ham s6 y = az* + 322 + cx dat gia tri nho
nhét trén doan [0;4] tai z = 1. KQ:
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JPhén 8. ONTAP THI HOC Ki Khi thainh céng ban néi gi cing ding

y / J J

Cau 20. Cho ham s6 y = f(z) c6 bang bién thién nhu sau:

T —00 —2 +00
Y - -
-1 +00
y \ \
s ~1

Tiém can ngang ctia do thi ham s6 da cho la dudong thing c6 phuong trinh y+m = 0. Tim m. KQ:

Cau 21.
Cho ham s6 y = ax®+bx? +cx +d(a,b,c,d € R) c6 do thi la dudsng cong trong y
hinh bén. C6 bao nhiéu s6 duong trong cac sé a, b, ¢, d?

\ g
KQ:

Cau 22. Mot nha sin xuat trung binh ban duge 1000 ti vi man hinh phing méi tuan véi gia 14 trieu dong mot
chiéc. Mot cuoc khao sat thi truong chi ra rang néu cit gidm gid ban 500 nghin dong, s6 lugng ti vi ban ra sé tang
them khodng 100 ti vi mdi tuan. Néu ham chi phi hiang tuan 1a C(z) = 12000 — 3z (triéu dong), trong dé x 1a sd
ti vi ban ra trong tuan, nha sin xuat nén dit gia ban nhu thé nio dé 1gi nhuan la 16n nhat (don vi tinh: trieu

déng)? KQ:

179/215 ’

B ThS. Nguyén Hoang Viét — @ 0905.193.688 /‘




JZ On tap hoc ky 1 Khi thanh céng ban ndi gi cing ddng

y / J J

ON TAP HOCKY 1

8
A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Do6 thi ctia ham s6 nao dudi day c6 dang nhu dudng cong hinh bén? y
@y:—x3+3x—1. y:x4—2:p2—2. /

©y=x3—m+2. @y=x3—x—2.

Cdu 2. Trong khong gian Oxyz, cho cac diém A(3;0;1), B(2;3;0),C(1;1;1). Sin clia ABC bang
[6 \/7 \/T [5
@ 11° 3 @ 3 @ 11°

Cau 3. Cho bang phan bd tan s6 sau

Gia tri 1 X9 xs T4 x5
Tan s6 3 5 n+6 20 —n 9

Trong dé n 1a sd tu nhién va gia tri x4 13 mdt duy nhat ciia bang s6 lieu thdng ké da cho. C6 bao nhiéu gia tri n
théa man yéu cau?

B)7. (B)6. ©5. (D)4.

Cau 4. Cho ham s6 f(x) ¢6 dao ham f’(z) xac dinh, lien tuc trén R va f/(z) ¢6 do thi nhu hinh 4
vé bén. Khang dinh nao sau day la ding?
(A)Ham sb f(z) dong bién tren (—oo; 1).
(B)Ham s6 f(x) dong bién tren (—oo; 1) va (1;400). o
@Ham s6 f(x) dong bién trén (1;+00). 1 x
@ Ham s6 f(x) dong bién trén R.

Cau 5. Tién thudng ctia 35 nhan vien trong mot cong ty duge thong ke trong bang tan s6 ghép 16p sau day (don
vi: trieu dong)

Lép | [20;24] | [25;29] | [30;34] | [35;39] | [40;44] | Cong
Tan sb 2 7 15 8 3 n=35

Do léch chuan (két qua lam tron dén hang phan tram) bing
(A)5,28. (B)6,43. (€)3,52. (D)4,98.

Cau 6. Cho bang phan b tan s6 ghép 16p:

Lép céc gia tri = | [8; 10) | [10; 12) | [12; 14] | Cong
Tan s6 n; 15 30 95 100

Hay tim s6 trung binh clia cic gia tri trong bang treén.

@%, 55—9. (©)50. D)11.
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

y J/ J J
Cadu 7. Trong khong gian véi hé truc toa do Oxyz, cho ba diém A(1;2; 1), B(2;—1;3), C(—3;5;1). Tim toa do

diém D sao cho ttt gisac ABCD la hinh binh hanh.

(A) D(—2;8; -3). (B) D(—2;2;5). (€) D(—4;8; —5). (D) D(—4;8; —3).

Cau 8. Di¢m kiém tra mon Toan ctia 40 hoc sinh 16p 10B dugc théng ké trong bang phan bd tan sé sau day
(thang diém 10):

Diém [0/1/2/3/4/5/6|7/8/9/10| Cong
Tansd | 2(1/2(1/2 2|5/ 7|y|5 4 |n=40

Biét rang mau so lieu trén c6 2 mét. Hay tim = va y.
@sz;yz?. x:8;y:8. @x:7;y:9. @$:7;y:8.

Inx — 2 N .
MABLT ™ M 33ng bién tren khodng (e;+00).
Inx —m

B2 B)1. (©3. (D)4.
Cau 10. Tim toa do diém M trén truc Ox cach déu hai diém A(1;2;—1) va diém B(2;1;2).

@M(%;O;O). M<%;0;0>. @M(%;O;O). @M(%;O;O).

Cau 11. Cho hinh chép S.ABCD c6 diy ABCD 1a hinh binh hanh, c¢6 do dai cdc canh AB = 8; AC = 6;
SC =10; SAD = 90°. Tinh do dai canh SB.

)8v2. (B)12. (©)6. (D)6/6.

Cau 12. Goi S la tap hop tat cd cac gia tri thuc ctia tham s6 m sao cho gia tri 16n nhat ciia ham s6 y =
22+ mz+m

z+1

®)3. ®)1. (©2. D)4.

Cau 9. S6 gia tri nguyén ciia tham s6 m trén sao cho ham s6 y =

trén [1;2] bang 2. S6 phan tit ciia S 1a

B3 cau trdc nghiém diing sai

Cau 13. Bang s6 licu dudi day biéu dién mau s6 lieu ghép nhém vé sb tién (don vi: nghin ddng) ma 60 khach
hang mua sidch & mot cita hang trong mot ngay.

Nhém | Tan s6 | Tan s6 tich liy
[40;50) | 5 5
[50; 60) 8 13
[60;70) | 25 38
[70; 80) 20 98
[80;90) | 2 60

n = 60

a) S6 trung binh cong clia mau s6 ligu trén 1a 65 (nghin dong).
b) Trung vi clia mau s6 lieu trén 1a 66,8 (nghin dong).

c) Tt phan vi nhat @ clia miu s6 liéu trén 1a 60,8 (nghin dong).
d) M6t ctia mau s6 lieu trén 1a 65 (nghin dong).

Cau 14. Cho hinh @ ABCD.A'B'C'D’.

a) AB=A'B'=DC =D'C". b) AC = A'C'.
¢) AB+ A'D'+CC" = AC. d) AB+ BC +CC' + C'D' = AD'.

Cau 15. Cho hinh chép S.ABCD day 1a hinh thang vuong tai A va B, AD = 2AB = 2BC = 2a, canh bén SA
vuong géc v6i mit phang day (ABCD), SA = 2a. Goi H 1 hinh chiéu diém C trén canh AD.

a) Toa do cac diém A, B 1a A(0;0;0), B(a;a;0). b) Toa do cac diém C, D 1a C(a;a;0), D(2a;0;0).

c) Toa do diém S 1a S(0;0; 2a). d) Toa do diem H 1a H(a;0;0).

Cau 16. Cho do thi ctia ham s6 y = f(x) nhu sau
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JZ On tap hoc ky 1 Khi thanh céng ban ndi gi cing ddng

y / J J

2 —2x—3
. rz—1
b) D6 thi ham s6 nhan giao diém (2;2) ctia hai duong tiem can lam tam déi xing.

a) Do thi cia ham s6 y = f(z) la ctia do thi clia ham s6 y =
¢) Ham s6 y = f(z) dong bién trén mdi khodng (—o0;2) va (2;+00).

d) Ham s6 y = f(z) c¢6 hai cyc tri.

Cau tréc nghiém trd 1&i ngén

Cau 17. Nhiét do trung binh & thang 12 ctia tinh X trong sudt 30 nam qua da dugde ghi lai theo bang phan bo
tan suat ghép 16p nhu sau:

Lép nhigt do | Tan suét (%)
[12;16) 16,70
[16; 20) 43,25
[20; 24) 36,75
[24; 28] 3,30
Cong 100%
Tim do léch chuan ctia bang s6 ligu trén (Iam tron dén chit s6 thap phan thit 2)? KQ:

Cau 18. Trong khong gian Oxyz, cho cac diém A(2;1;0), B(0;—1;2), C(2; —1;—1), D(3;3;1). Cosin clia géc tao
béi ctia hai dudng thang AB, CD gan bang (lam tron dén hang phan tram) KQ:

Cau 19. Mot hoc sinh ghi lai bAng phan bd tan s, tan suat ghép 16p clia mot mau so lieu nhu sau

Lép [1; 9] | [10; 19] | [20; 29] | [30; 39] | [40; 49]
Tan sb n
Tan suat (%) | 12,5 | 0,0 50,0 25,0 12,5 | 100

Tuy nhién, em d6 quén ghi kich thude mau n. Biét rang n 1a s6 ¢6 2 chit s6 va chit s6 tan ciing 1a 2. Tim gia tri

nhé nhat cta n. KQ:
Cau 20. Trong khong gian véi hée toa do Oxyz, cho hai vécto o« = (m;n;2) va
T = (4 —m;n — 2;—2). Gia tri nhé nhat ctia biéu thitc T = |@| + || bing KQ:
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JPhén 8. ONTAP THI HOC Ki Khi thanh cong ban néi gi ciing ding

y / J J

Cau 21. Cho ham s6 y = f(z) ¢6 do thi ham s6 y
2

y = f(x) nhu hinh vé Ham s6 g(z) = f(x) + % + 3 dat cuc dai tai diem x = a; z = b.

Gi4 tri a® + b2 bang

KQ:
Cau 22. Cho ham s6 f(z) c6 dao ham f/(z) = (z+1)(x — 1)(z — 4); V2 € R. C6 bao nhiéu s6 nguyén m < 20 dé
P 2 — N P
ham so6 g(x) = f (1 —l—i - m> dong bién trén (2;400). KQ:
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yz. On tap hoc ky 1
B-DE 2

n Cau tréc nghiém nhiéu phuong @n lwa chon

Khi thanh céng ban ndi gi cing ddng

y / J J

Cau 1. Cho ham s6 y = f(x) c6 bang bién thién nhu sau

T | —o0 -1 +o00
f'(x) + 0 — 0 + 0 —
@ 2 ~_ 2 ™~
—00 1 —00

Ham s6 da cho dong bién trén khoang nao dudi day?
© (1)

) (1; +00). ®)(-1;0).

A s o B

Cau 2. Duong tiém can ding ctia do thi ham s6 y = la
x

-2
@y:Q. x:2. @yzl. @le.
Cau :L’Choﬁyh chép S.ABC'D (ﬂ(}iéy A_B)C’D la hinh binh hﬂh, t@’O. Khang dinh naﬂu’éi d_a}: dang?
(A)AC = BD. (B)AB = DC. (© BC = AD. (D)OA = OB.
Cau 4. Trong khong gian vé6i hé toa do Oxyz, cho vectc OM = 27 —3%. Toa do ctia diém M 1a
(R) M(0;2; —3). (B) M (2;—3;0). (©) M(2;0;—3). (D) M (0; —3;2).
Céu 5. Trong khong gian véi he toa do Ozyz, cho @ = — 7 +47 + 2%. Toa do cfia vects @ la
BT = (—1;4;2). BT = (1;—4; -2). © @ =(—1;-4;2). D)@ = (—1;4;-2).

Cau 6. Trong khong gian v6i hé toa do Owxyz, cho hai diém A(1;2; —4) va B(—3;2;2). Toa do ciia vecto AB

la
A) (~2;4;-2). (B)(—4;0;6). (©) (4;0; -6). D) (-1;2;-1).

Cdu 7. Trong khong gian véi hé toa do Ozyz, cho ba diém A(1;2;1), B(2;1;3) va C(0;3;2). Toa do trong tam

G cua tam giac ABC la
12 2
(3;333)- (©)(3;6;6). @)(1;2;2).

D)(0;1).

(&) (0;6;6).

Cau 8. Goi Q1,Q2, Q3 lan lugt 1a gia tri ctia ti phan vi thit nhat, t& phan vi thit hai va tit phan vi thit ba clia
mot mau s6 lieu ghép nhém. Cong thic tinh khodng tit phan vi ctia mau sb lieu do 1a

B Ag = 2Qa. B)Ag = Q1+ Qs.
1
©20=0:-Q1 @ ag =5 (Qi+Q2+Qs)
Cau 9. Thai gian hoan thanh bai kiém tra Toan 45 phiit clia cac ban trong 16p dude cho nhu sau:
Thoi gian (phit) [25;30) [30; 35) [35;40) [40; 45)
S6 hoc sinh 2 7 10 25

Khoang bién thién vé thdi gian hoan thanh bai kiém tra clia cic ban trong 16p c6 gia tri bing
() 23. 15. (©)10. (D)20.

Cau 10. Cho mau sb lieu ghép nhém vé tudi tho (don vi tinh 14 nam) ctia mot loai béng deén méi nhu sau.

Tudi tho (nim) 2;3,5) [3,5;5) [5;6,5) [6,5; 8)
S6 béng den 8 22 35 15

Khoang ti phan vi ctia mau sb lieu ghép nhém trén bang
303 44 95
151 ® 55}

Cau 11. Xét mau s6 lieu ghép nhéom cho béi bang sau :
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

y / J J

Nhém [ug;uz) [u2; us) e [Ug; Ugt1)
Gia tI‘i dal dlén C1 (&) ce Ck
Tan sb ni n9 ng

Cong thitc tinh phuong sai ctia mau s6 lieu ghép nhom trén 1a
@E = % (n1c1 + naca + ... + ngcg).
82 = % (nlc% + 77,26% +... 4+ nkci) — 72,
©§2 - [nl (1 —T)° +no(ca —T) 4+ ...+ ny (ci —3)2].

n—1
@n:nl-l—ng—l-...-l—nk.

Cau 12. Bang duéi day thong ké lai cy li ném ta ctia mot van dong vién.

Cu li (mét) [19;19,5) [19,5; 20) [20;20,5) [20,5; 21) [21;21,5)
S6 lan ném 13 45 24 12 6

Do lech chuan clia mau s6 lieu ghép nhém trén xap xi bing gia tri nao dudi day?

(R)0,277. 20,015. (€)0,526. (D)0,280.

B3 cau trdc nghiém diing sai

Cau 13. Cho ham s6 y = Tt
x_

a) Do thi ctia ham s6 1a mot duong lién tuc.

b) D6 thi ham s6 cit tryuc hoanh tai diém c6 hoanh do z = —1.
c) Ham s6 nghich bién trén R.

d) Do thi ham s6 nhan 7(1;1) lam tam déi xtng.

1.,
[ 6 do thi (C). Khi do

Cau 14. Cho hinh lap phuong ABCD.A’B'C'D’ canh a. Khi d6

a) (AB,A'D') = 90°. b) A'C'- AD = a%V/2.
c¢) AC' = BC' — BA'. d) AC" = AB + AA' + AD.

Cau 15. Trong khong gian véi hé truc toa do Ozyz, cho OA=7 - }), OB=-1i+ 27 + % va C(2;2;—4). Khi
do
a) AB = (-2;3;1).
43

b) Truc tam cia AABC ¢6 hoanh do la -

. . . 5
c) Tong cac toa do ctia tam dudng tron ngoai tiecp AABC bang -1
d) Cao do dinh thit tu ctia hinh binh hanh ABCD la —5.

Cau 16. Cho mau sb lieu ghép nhém cho bdi bang sau:

Nhém [ur;ug) | [ug;us) | ... | [ug; ugs1)
Gia tri dai dién c1 Co .. Ck
Tan s6 ni N9 o nk

a) SO trung binh dai dién cho nita mau s6 lieu dudi.
1k 1 k
b) Phuong sai 2= =5 — (¢; —z)* véin= > n,.
=11 i=1
c) Phuong sai diing dé do mitc do phan tan ctia mau s6 ligu ghép nhém quanh gid tri trung binh.
d) Do lech chuan cang 16n thi mitc do phan tan ctia mau s6 liéu cang nho.

185/215 ’ B ThS. Nguyén Hoang Vit — @ 0905.193.688 /‘




yz. On tép hoc ky 1

Khi thanh céng ban ndi gi ciing ddng

Cédu tréc nghiém trd 18i ngén

Cau 17. Duong cong & hinh bén dudi 13 do thi cia ham s6 ¢6 dang y =

—x+b
cx+d’
Y
I
|
! 1\\
-1, O 1 x
——————————————— +—_—1—-——————————————-

Tinh gia tri ctia biéu thitc P = b+ ¢ + d.

Cau 18. Trong khong gian v6i hé toa do Oxyz, cho diém A(7;—1;2). Vecto OA duge bidu dié

OA=a7 + b? + ck. Tih gi4 tri ctia biéu thic P =a — b+ c.

y / J J

KQ:

ién dudi

dang

KQ:

Cau 19. Can ning ciia mot s6 lgn con méi sinh thuoc hai gidng A va B duge cho ¢ bi¢u doé dusi day (don vi:

kg).
(S6 con) 3
Can nang ctia mot so lgn con mdéi sinh
50
40

32

[1,0;1,1

~—

1;1,2

Pt Rut)

(1,

2;1,3)

Gibéng A

7777
7257

sr777 s A
e B
755501 Glong
70

[1,3;1,4)

(kg)

Goi AQ1, AQ- 1an lugt 1a gia tri khoang t1t phan vi clia lon con giong A va B. Tim gia tri cia AQs — AQq (lam

tron két qua dén hang phan tram).

KQ:

Cau 20. Tham nién cong tac clia cac cong nhan hai nha may A va B dude théng ké & bang dudi day:

Tham nién cong tac (nam) [0;5) [5;10) [10;15) | [15;20) | [20;25)
S6 cong nhan nha may A 35 13 12 12 8
S6 cong nhan nha may B 14 26 24 11 5

Goi Sy4, Sp lan lugt 13 do lech chuan vé tham nién cong tac clia cong nhan hai nha may A va B. Tinh gié tri ciia

S — Sp (lam tron két qua dén hang phan tram).

KQ:
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JPhén 8. ONTAP THI HOC Ki Khi thanh cong ban néi gi ciing ding

Cau 21. Trong khong gian Oxyz, cho hinh chép S ABC’D c6 day ABCD la hinh thoi canh bang a, giao diém hai
duong cheo AC Va BD trung véi goc 0. Cac vectd OB OC OS lan luot cung hlrdng véi i _] % viOA = 0S8 = 4.
Gia st AB—xlz +y1] +z1k AC—xgz +y2j —i—zzk va SB—xgz +y3j +23k T1nh gi4 tri clia a dé biéu

thic P =1 + x2 + 23+ y1 +y2 + y3 + 21 + 22 + 23 dat gia tri nho nhét. KQ:

Cau 22. Trong khong gian véi hé toa do Oxyz, cho vecto @ = (1;-2;4) va b= (z0; Y0; 20) cung phuong
véi @. Biét b tao voi tia Oy mot goéc nhon va ‘Z‘ = +/21. Tinh gi4 tri ctia biéu thitc P = z¢ + yo + 20

KQ:
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188
2. Ontap hoc ky 1 Khi thanh céng ban ndi gi cing ddng

AL

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Ham s6 y = 2% — 322 + 5 dong bién trén céc khoang
@) (0;2). (B) (0; +00). (©) (—o0;2). (D) (—00;0) va (2; +00).
dr+1
la
z—1
By=1. By =4. ©y=-1. Dy = -4
Cau 3. Trong khong gian vé6i hé toa do Ozyz, cho diém M théa man OM = 27 + 7 Tim toa do diém M.

(B) M(0;2;1). (B) M(1;2;0). (©) M(2;0;1). (D) M(2;1;0).

Cadu 4. Trong khong gian véi hé toa do Ozyz, hinh chiéu vudng goéc clia diem A(3;5;2) trén truc Ox cé toa do
la

@) (0;5;2). (0;5;0). (©)(3;0;0). (D) (0;0;2).
Cau 5. Cho hai diém M (1;—2;3) va N(3;0; —1). Tim toa do trung diém I ctia doan M N.

B I(4;—2;2). B)I(2;—1;2). (©)I(4;—2;1). D) 1(2;-1;1).

Cau 6. Cho hai vects @ va b thoa man |@] = 3,|b| =2 va @ b = —3. Xac dinh goc a gifta hai vects @ va

b.

@) o = 30°. B)a = 45°. (©) o = 60°. (D)o = 120°.
Cau 7. Cho A(1;2;—1), B(2;—1;3), C(—3;5;1). Tim diém D sao cho ABCD la hinh binh hanh.

(B) D(—4;8; —3). (B)D(—2;2;5). (©) D(—2:8;-3). (D) D(—4;8; —5).

Cau 8. Mot vuon thi ghi lai tudi tho (don vi: nam) ctia 20 con hd va thu duge két qua nhu sau:

Cau 2. Tiem can ngang ctia do thi ham s6 y =

Tudi tho | [14;15) | [15;16) | [16;17) | [17:18) | [18;19)
S6 conhd| 1 3 8 6 2

Nhém chita t@ phan vi thit nhat 1a
(A)[14;15). [15;16). (©)[16;17). (D)[17;18).

Cau 9. Thoi gian di bo thé duc mdi ngay trong thoi gian gan day ciia mot hoc sinh duge théng ké lai ¢ bang sau:

Thai gian (phut) | [20;25) | [25;30) | [30;35) | [35;40) | [40;45)
S6 ngay 6 6 4 1 1

Khoang bién thién clia mau s6 liéu ghép nhom 1a
@) 25. (B)20. (©)15. (D)30.

Cau 10. Diing la hoc sinh rat giéi choi rubik, ban c6 thé giai nhiéu loai khéi rubik khac nhau. Trong mot lan tap
luyén giai khoi rubik 3 x 3, ban Diing da ti thdng ké lai thoi gian gidi rubik trong 25 1an giai lien tiép & bang sau:

Thoi gian gidi rubik (giay) | [8;10) | [10;12) | [12;14) | [14;16) | [16;18) |
S6 1an 4 6 8 4 3 \

Gia tri tt phan vi thit nhat cia mau sb liéu trén 1a
() 10,75. B)1,75. (€)3,63. (D)14,38.

Cau 11. Bang duéi day théng ké cy li ném ta clia mot van dong vien thitc hién trong 100 lan ném 1a

Cuy li (m) | [19:;19,5) | [19,5:20) | [20;20,5) | [20,5;21) | [21;21,5)
Tan s6 13 45 24 12 6

Cu li trung binh trong 100 lan ném ta ctia van dong vién d6 1a bao nhiéu?
(A)20,015. (B)22,05. (©)25,27. (D)30,015.

Cau 12. Trong mot cude thi “Di bo vi stie khoe” cu 1i 5000 (m), thai gian hoan thanh cuoc dua ciia 100 van dong
vién duge théng ké lai nhu sau:
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y Phdn 8. ON TAP THI HOC Ki

Khi thanh cong ban ndi gi cing ddng

| Thoi gian (phit) | [30;32)

32:34)

[34: 36)

[36; 38)

[38: 40)

‘ S6 van dong vien | 25

38

20

10

7

Phuong sai cia mau s6 liéu trén bang bao nhiéu?

R)3.4. (B)4,5.

B3 cau trdc nghiém diing sai
Cau 13.

Béng bén bic¢u dién mau s6 lieu ghép nhom théng ké mitc luong clia mot cong ty (don vi:

trigu dong).

(©)5,4.

a) Khoang bién thién ctia méu s6 lieu nay 1a R = 25.
b) Tt phan vi thit nhat cia mau s6 lieu 1a Q = 15.

c) Tt phan vi thit ba clia mau s6 lieu 1a Q3 = 27.

d) Khoang ttt phan vi clia mau s6 lieu 1a AQ = 12.

a) Ham s6 dong bién trén khoang (—1;3).

¢) D6 thi ham s6 c¢6 duong tiém can ngang la y = 1.

Cau 15.

(D)6,2.

y / J J

Nhém | Tan sb
[10;15)| 15
[15:20) | 18
20:25) | 10
25:30)| 10
[30; 35)
[35; 40)

n = 60

b) Ham s6 ¢6 gia tri nhdé nhat 1a 1.

d) Phuong trinh 2% (z)

Cho hinh 1ap phuong ABCD.A'’B'C'D’ ¢6 canh bang a. Xét tinh dung, sai clia cac

khang dinh sau:
a) B'B-DB=BD.

c) |BA+BC'+BB’| =av/2.

Cau 16.

Cho hinh chép S.ABCD c6 day ABCD la hinh chi nhat, AB=1, AD =2, SA

b) BA+ BC + BB =
d) |BC — BA+ C'A| =a.

BD.

vuong goc véi mat day va SA = 3. V6i he toa do O:L‘yz dugc thiét lap nhu sau:

Goc toa do O tring véi diém A, cac véc to AB AD AS 1an lugt cing huéng véi

j va k. Xét tinh diing sai ciia cac khing dinh sau:

a) Toa do D(0;2;0).
c) Toa do S(2;0;0).

Cau trdc nghiém tré 16i ngdn

xr+2
2 —1

Cau 17. Cho ham s6 y =

clia a + b bang bao nhieu?

b) Toa do C(1;2;3).
d) Toa do I(1;1;0).

Bl

—3f(z) +1=0 c6 3 nghiem.

. Db thi ctia ham s6 giao véi truc Oy tai diém c6 toa do (a;b). Khi d6 gia tri
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yz. On tap hoc ky 1

Khi thanh céng ban ndi gi cing ddng

y / J J

Céau 18. Trong khong gian véi he toa do Oxyz, cho @ =27 +37 — ¥, gi& st toa do cia U = (a;b;c). Khi do,

gia tri ctia a + b + ¢ bang bao nhiéu?

Cau 19. Cho tit dien déu ABCD c6 canh biang 3 va M la trung diém ctia CD. Gi4 tri tich vo huéng cia
Al?uAﬁlzz%,khidégﬁixia%—bbéngbaonh@u?

Cdu 20. Hai chiéc khinh khi cau ciing bay lén tai mot dia diém. Sau mot gid bay, chiéc khinh khi cau tht nhat
cach diém xuat phat vé phia Dong 100 (km) va vé phia Nam 80 (km), dong thoi cAch mat dat 1 (km). Chiée
khinh khi cau thit hai cach diém xuat phat vé phia Bic 70 (km) va vé phia Tay 60 (km), dong thai cdch mat dat
800 (m). X4c dinh khoang céch (km) gitta hai chiéc khinh khi cau sau mot gio bay.

Cau 21. Bang s6 lieu dudi day théng ké s6 lan tang cau clia 25 hoc sinh duge gido vién ghi nhan lai:

S6 lan tang cau

8:10) | [10;12)

[12;14) | [14;16)

[16; 18)

Sé hoc sinh

4

6

4

3

Khoang t¢ phan vi cia mau s6 liéu trén 1a bao nhiéu?

Cau 22. Chiéu cao ctia 20 hoc sinh trong doi tuyén béng chuyen ciia truong THPT A dugce ghi nhan lai nhu sau:

Chiéu cao (cm)

[170;172)

[172;174)

[174;176)

[176; 180)

S6 hoc sinh

3

10

6

1

Do léch chuan ctia mau sb liéu trén 14 bao nhiéu?
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y Phén 8. ON TAP THI HOC Ki

Khi thanh cong ban ndi gi cing ddng

D-DPE 4

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Ham s6 y = —23 4 322 + 92 nghich bién trén khoang nao dudi day?

&) (-1;3). B) (3; +c0).

Cau 2. Tim s6 tiém can ditng ctia do thi ham s6 y =

2. (B)3.

(©)(2;4).

x2 —16

©1.

22 —3x—4

y / J J

(D) (—o0; 1).

(D)o.

Cau 3. Cho hinh chép S.ABCD c6 ABCD la hinh vuong canh a. Canh bén SA vuodng goéc véi mat day (ABCD)
va SA = a/3. Tich vo huéng ctia hai véc-to CB va DS bang

© Ve

Céau 4. Trong khong gian Ozyz cho ba diém A (1;3;—-2), B(—1;1;4), C(3;4;1). Tim toa do diém D sao cho

@a. 2a.

ABCD la hinh binh hanh.

©D(

—5;6;5).

©)(3;1;1).

Da2 V3.

(D) D (5;3;2).

1;-2), B(2;2;1). Vectd AB ¢6 toa do 1a

D)(1;1;3).

Cau 6. Trong khong gian Ozyz, cho hai véc-to @ = (—4;5;—3) va b = (2;—2;1). Toa do cta véc-to @ + 20

(A) D (5;6; —5). (B) D (5;6;5).

Cau 5. Trong khong gian Oxyz, cho hai diém A(1;
(B) (3;3;-1). B)(~1;-1;-3).

Ia
&) (2;3;-2). (B)(0;1; -1).

(©)(0;

—1;1).

(D) (—8;9;1).

Cau 7. Trong khong gian Ozyz, tich vo huéng ctia hai véc-to @ = (3;2;1) va b= (—5;2;—4) la

) 15. (B)—15.

(©)-10. (D)-7.
Cau 8. Mot phong kham thong ké s6 bénh nhan dén kham bénh mdi ngay trong thang 4 nam 2024 & bang sau:
Sé banh nhan | [1;10] | [11;20] | [21;30] | [31;40] | [41;50]
Sé6 ngay 7 7 6 2

Tim khoang bién thién ctia mau s6 lieu ghép nhém?

(A) 50. (B)49.

nhém sau:

) 55. (B)60.

Cau 10. Cho bang s6 lieu sau day

Phuong sai cia mau s6 lieu 1a

2_@ 2

lan 6ng Thang di xe buyt tit nha dén co quan.

(©)10. (D)25.
Cau 9. Théng ké can ning ciia 40 hoc sinh 16p 12A trong mot trudng phd thong ta thu dudge bang tan s6 ghép
Can nang(kg) | [30;40) | [40;50) | [50;60) | [60;70) | [70:80) | [30;90) |
Sé hoc sinh 2 10 16 8 2 2 |
Tt phan vi thit ba clia mau s6 lieu ghép nhém trén 1a
(©)65. (D)62,5.
Nhém | [1,5;2,5) | [2,5;3,5) | [3,5;4,5) | [4,5:5,5) | [5,5;6.,5)
Tan sb6 2 3 7 2 1
233 233
©s2 = @5 =
Cau 11. Hing ngay ong Thiang déu di xe buyt tit nha dén co quan. Dué6i day 1a bang thong ké thoi gian ctia 100
Thoi gian (phat) | [15; 18) | [18;21) | [21;24) | [24;27) | [27:30) | [30;33)
S6 luot 22 38 27 8 4 1
Khoang t1t phan vi clia mau s6 lieu ghép nhém trén la
@ 4663
114" 114 °

693 68
TS ®
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yz. On tap hoc ky 1

Khi thanh céng ban ndi gi cing ddng

y / J J

Cau 12. Cho méu s6 lieu ghép nhém théng ke miic luong ctia cong ty A (don vi: trieu dong).

Nhém Gid tri Tan sb
dai dién

[10;15) | 12,5 15
[15;20) | 17,5 18
20;25) | 22,5 10
[25;30) 27,5 10
30;35) | 32,5
35;40) | 37,5

n = 60

Tinh do léch chuan ciia mau s6 lieu ghép nhém biéu dién mic luong ciia cong ty A.

A)6. B)7.

B} cau tréc nghiém diing sai

(©)s.

Cau 13. Cho ham s6 y = f(z) lién tuc va c6 dao ham trén timg khodng x4c dinh ctia n6 va c¢6 bang bién thien

T —00 —4 -2 +0o0
Yy’ + 0 - — +
—10 400 400
—00 —00 -2

Cac ménh dé ndo sau day la ding hay sai?
a) Ham s6 dong bién trén khodng (—oo; —10).
b) Ham s6 dong bién trén khodng (—2; +00).
c) Ham sb ¢6 gia tri 16n nhét 1a —10.

d) Ham s6 c¢6 gia tri nhé nhét 13 —2 trén khodng (—1; +00).

Cau 14. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB = 3a, AD = 4a, AA

hay sai?
a) AB+ AD + CC’" = C'A.
c) BC = AC — AB.

Cau 15.

= 5a. Cac ménh dé sau la dang

b) Do dai vec-to ‘A—C) = ba.
d) Tich vo huéng AC” - AA = 25\/242.

Dé theo déi hanh trinh clia mot chiéc may bay, ta c6 thé lap hé truc toa do Ozyz c¢6 goc toa do O trung véi
vi tri clia trung tam kiém soat khong luu, mat phang Oxy trung véi mat dat (duge coi 1a mat phang) véi truc
Oz huong vé phia tay, truc Oy huéng vé phia nam va truc Oz huéng thing ding lén troi. Sau khi cat canh
dat do cao nhat dinh, chiéc méay bay duy tri huéng bay vé phai nam véi téc do khong ddéi 1200 km/h trong
ntta gio. Don vi do chiéu dai trong khong gian Oxyz 13 km. Cac ménh dé sau day ding hay sai?

a) Vec-to biéu dién do dich chuyén ctia may bay 1a ¥ = (0;600;0).

b) Liic may bay con trén mat dat, diém dat may bay c6 dang (x;y;0).

c) Toa do clia may bay luon ¢6 do cao duong.

d) Néu chon truc Oy huéng vé phia béc, thi vec-to biéu dién do dich chuyén ctia may bay 1a (x; 1200; 2).

Cau 16. Trong trang trai rudi linh den. Tudi tho ciia 2 giéng rudi linh den (don vi: thang) dugc nudi & hai 1ong

khac nhau.

Tudi tho (thang) [1;2) | [2;3) | [3;4) | [4;5) | [5;6)
Rudi linh den Malaysia | 1 8 60 28 3
Rudi linh den Brasil 2 20 46 28
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y Phdn 8. ON TAP THI HOC Ki

Khi thanh cong ban ndi gi cing ddng

Cac ménh dé sau day diang hay sai?

a) Tudi tho trung binh clia rudi linh den Malaysia 1a 3,62.

y / J J

b) Su bién dong vé tudi tho trung binh ctia rudi linh den Malaysia cao hon rudi linh den Brasil.

c) Phuong sai miu s6 licu vé tudi tho rudi linh den Malaysia 13 0,4624.

d) Do léch chuan mau s6 liéu vé tudi tho rudi linh den Brasil 1a 0,84.

Cau tréc nghiém trd 1&i ngén

Cau 17. Trong khong gian Oxyz cho hai diém A (—

tam giac ABM can tai M.

1;2;3), B(2;3;

~2). Tim ¢

Cau 18. Cho ham s6 bac ba y = f(z) ¢6 do thi nhu hinh vé. Tim gid tri f(5).

ung do diém M thuoc Oy sao cho
KQ:

KQ:

Cau 19. Téc do ctia 20 xe hoi khi di qua mot tram kiém tra téc do (don vi km/h) duge théng ké lai nhu sau

Téc do (km/h)

[42;46)

[46; 50)

[50; 54)

[54; 58)

[58: 62)

Sé xe

3

4

3

3

Tim khodng t phan vi clia mau s6 li¢u trén (két qua lam tron dén hang phan muoi). KQ:

Cau 20. Diéu tra chi phi thué nha ¢ hing thang clia mot s6 nhan vién doc than, cong ty X thu dugce s6 lieu dudi

day

Tién thué nha

ten thue nha 3:6) | [6:9) | [9;12) | [12;15) | [15:18)
(tram nghin dong)
Sé nhan vién 64 | 40 | 84 56 16 \

Tinh do léch chuan chi phi thué nha hing thang clia nhitng nhan vien duge diéu tra (két qua lam tron dén hang

phan chuc).

Cau 21. Cho hinh hop ABC’DA’B’C’D’ c6 tat ca cac mat la hinh vuong canh a. Goi M la trung diém AB. Tinh

gbc gitta hai véc-to A'M va AD' (lam tron dén do).

Cau 22. Trong khong gian v6i hé truc toa do Owzyz, cho hinh hop ABCD.A’B'C'D’. Biét A(—3;2;1), C(4;2;0)
B'(—2;1;1), D'(3;5;4). Goi G(a;b;c) la trong tam ctia AA'BD. Tinh a + b+ c.

KQ:

KQ:

KQ:
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JS. On tap gitra ki 2 Khi thanh céng ban ndi gi cing ddng

y / J J

ON TAP GIUAKI 2

S
A-DE 1

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Ham sb F (x) 1a mot nguyén ham ctia ham s6 f(z) trén khoang ]K néu

B F'(x) )VxeK B) f'(x) ),Vz € K.
(© F'(z) = f(x),Vz € K. D) f/(z) = —F ),VazeK.
Cau 2. Tim mot nguyéen ham F'(z ) ctia f(r) = x —x72, biét F(1) = 0.
1.3 :c? 11 2 1 3 2 1 1
Cau 3. Xét f(m) 1a mot ham s6 tuy ¥, F(z) 1a mot nguyén ham cia f(z) trén doan [a; b]. Ménh dé nao duéi day
ding?
b b
® [ f(a)ds=FO) - Fla). [ f@)ds = F@) - Fo).
ab ab
© / F(@)dz = F(a) + F(b). ® / f@)de = —F(a) — F(b).
5 5 5
Cau 4. Néu /f )dz =4 va / )dx =5 thi / )] dz bang
2 2
(A)13. (B)3. ©-1. (D)-3.

Cdau 5. Goi S 1 dién tich hinh phang gisi han béi cac dusng y = 3%, y = 0, = 0 vi 2 = 2. Ménh dé nao dudi
day la dang?

@Szﬂ'

S —
w
]
o
8

2 2 2

S=/32xdm. ©S=/3Idm. @Szﬂ/Szxdm.
0 0 0

Cau 6. Ki hieu (H) la hinh phéng giéi han bdi dd thi ham s6 y = 22 — 22 va y = 0. Tinh thé tich vat thé tron

xoay dugc sinh ra béi hinh phing (H) khi né quay quanh truc Oz.

177 197 167 187
T ®T T T
Cau 7. Trong khong gian Ozyz, mit phang (P): z +y + 2+ 1 = 0 ¢c6 mot véc-to phap tuyén la
B 7, = (-1;1;1). B) 74 = (1;1;-1). © 73 =(1;1;1). D)7 = (1;,—1;1).
Cadu 8. Trong khong gian Oxyz, cho ba diém A(2;0;0), B(0;—1;0), C(0;0;3). Mat phang (ABC) c6 phuong
trinh 1:? y oz T TR x Yy oz r oy oz
TLYv 2, LY P S AT TLY
®2+1+3 —2+1+3 ©2+1+—3 @2+— +3

Cau 9. Trong khong gian Ozyz, cho hai mit phang (P): 2 —2y —2+2=0va (Q): 20 —3y+mz+1=0(m
14 tham s6). Tim m dé (P) L (Q).

@m:& m:—4. @m:—& @m:4.
r=1+4+2t
Cau 10. Trong khong gian Ozyz, diém nao dudi day thudc dudng thang d: { y = —3 +1?
z=4+5t
B)Q(4;1;3). (B) P(3; —2; —1). (©)N(2;1;5). (D) M (1

Cau 11. Trong khong gian Oxyz, duong thang di qua diém I(1;—1;—1) va nhan @ = (—2;3; —5) lam véc-to chi
phuong c6 phuong trinh chinh téc la

x—1 y+1 z+1 r—1 y+1 =z+1
@—2_3_—5' —2_3_5‘
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

y J/ J J
©x+2_y—3_z+5 ®x+1_y—1_z—1
1 -1 -1 -2 3 =5
~ ) 1 —1 1
Cau 12. Trong khong gian Oxyz, tinh géc gitta hai duong thing dI:%:%: 22 va ds: x+1 :%:

z—3

.
(&) 30°. (B)90°. (©)45°. (D)60°.

B3 cau trdc nghiém diing sai
1
Cau 13. Cho ham s6 f(z) = x(2? +3). Xét I = / |f(x)| dz.

-1
0

1
a) Dat I = / F(2)] da va I = / f(2)] de. Khi d6 I = L.
0 -1
b) Gid tri I = 0.

c) S6 thyc duong m dé / |f(x)| dz = 4 bing V2.
0

1
d) S6 thuc a dé /x(x2 +3 — ay/z) dr = 0 bing 4.
0

Cau 14.

Goi (H) la hinh giéi han béi do thi cdc ham s6 y = /z, y = 2 — x va truc hoanh. y
Ki hi¢u dién tich hinh (H) la S; v& dién tich hinh phang gi6i han bdi do thi ham s
y=2—x,y=+/x va truc Oy la Ss. 2

y=2—=x

a) Theé tich khoi tron xoay khi quay hinh phing gi6i han bdi do thi ham séy =2 —2, x =0, z = 1 v& truc Ox

xung quanh truc Oz bang %

7
b) Gid tri S1 = .
C) Sl = Sz.
d) Thé tich khdi tron xoay duge tao bdi khi quay hinh (H) quanh truc Oz bang 7.
Cau 15. Trong khong gian vé6i he toa do Oxyz, cho cac diem A(2;0;0), B(0;3;0), C(0;0;6), D(1;1;1).
a) Phuong trinh mit phing trung tryc clia doan thing AC la z — 3z — 8 = 0.
b) Phuong trinh mat phang di qua D va chita truc Oz 1a x —y = 0.
c) Toa do diém M cé hoanh do duong thuoc Oz sao cho khoang cach tit M dén mit phing (ACD) bang /14
20

la M (;, 0; 0).

d) C6 tat cd 5 mat phang phan biét di qua 3 trong 5 diém O,A,B,C,D.

Cau 16. Trong khong gian Ozyz, cho mit phiang (P): x + 2y — 3z — 12 = 0 va dudng thang d c6 phuong trinh
x+7 y+10 =z—-4

d: .
3 4 —2
a) Toa do giao diém M ctia duong thang d v6i mat phang (P) 1a M(2;2; —2).
174/406

b) Goi ¢ la goc gitta d va (P). Khi d6 sinp = 206
r=—-14+3t

c) Phuong trinh dudng thing d’ 14 hinh chiéu vuong géc clia d lén mat phang (Ozy) 1a { y = 2 + 4t
z=0
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JS. On tap gitra ki 2 Khi thanh céng ban ndi gi cing ddng
d) Dudng thing nim trong mit phing (P), dong thdi cat va vuong géc véi duong thing d c6 phuong trinh 1a
r—2 y—2 z-2
8 -7 2

Cédu tréc nghiém trd 18i ngén

Cau 17. Biét ham s6 F(z) 1a mot nguyeén ham ciia ham s6 f(x) = sinx va théa man F (g) = 2. Tinh gié tri

cia F(r). KQ:

3
Cau 18. Biét F(z) = 2% 1a mot nguyén ham ctia ham sé f(z) tréen R. Tinh gia tri cia /(1 + f(x))dz.
1

KQ:

Cau 19.

Cho ntta luc giac déu ABCD nai tiép duong tron dudng kinh AD = 8 (tham
khao hinh vé). Thé tich khéi tron xoay dugc tao thanh khi quay mién ti gidc
ABCD quanh dudng thing CD bing ar. Tim a.

KQ:
Cau 20. Trong khong gian Oxyz, cho hai mat phing (a): z+2y+2—1va (B): 22—y —2z+2 = 0. Goi E(1;b;0)
v6i b € Z va E cach déu hai mit phing («) va (8). Tim b. KQ:

r—5 y+2 z—-4
11 2

phuong trinh mat phéng (a): z — y + V22 — 7 = 0. Géc giita dudng thing d va mit phing (a) 1a bao nhiéu do?
KQ:

Cau 22. Trong khong gian vé6i he toa do Oxyz, mot cabin cap treo xuat phat tir diém A(10;3;0) va chuyén dong
déu theo dudng cap c6 véc-to chi phuong 1a @ = (2; —2;1) véi toc do 1a 4,5 m/s (don vi trén mdi truc toa do la
mét). Cabin ditng & diém B c6 hoanh do xp = 550. Tim do dai quang duong AB (lam tron két qua dén hang don
vi clia mét).

Cau 21. Trong khong gian v6i hé toa do Oxyz, cho phuong trinh duong thang d: va

z
B
\
\
\ M
\
\\ z
\ 0
\ e 3 y
\ 1 Z
Y A(10; 3;0)
\\
\
\
\
\
Z‘B\
550

KQ:
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

AL =

n Cau tréc nghiém nhiéu phuong an lva chon

Cau 1. Tim ho nguyén ham ctia ham s6 f(z) = 322 + 1.
3
B3 +C. %—i—x—i—C. ©a?+z+C. D)6z + C.

Cau 2. Cho ham s6 y = f(z) c6 dao ham trén R théa man f'(x) = 3 — 5sinz va f(0) = 14. Trong céc khang
dinh sau, khang dinh nao ding?

@f($)=3$—5008x+9. f(m):3x—5sinx+14.
(©) f(z) = 3z + 5cosz + 9. D) f(z) = 3z + 5sinz + 14.

3 3
Cau 3. Biét /f(a?) dz = 2. Gia tri clia /3f(z) dz bang
1 1

2
@B 5. (B)6. (© 3 (D)s.
1 1
Céu 4. Cho / f(z)dz = 4, khi d6 / [f () + 22]da bing
0

®e. ®3. ©2 o

Cau 5.
0

Cho ham s6 y = f (z) lién tuc trén [—2; 3] va ¢6 do thi nhu hinh vé. Biét /f (z) dz = y

-2

3
a, /f (x) dx = b. Tinh dién tich ctia phan duge gach chéo theo a, b.
0

@a+b. bfa. ©a—21—b. @afb.

Cdu 6. Trong khong gian, xét mot vat thé duge giéi han bdi hai mit phing x = 1 vh = 5. Néu cit vat thé
bing mot mit phing vuong géc véi truc Oz tai diem c6 hoanh do x (1 < x <5) thi thiét dien thu dugce 14 tam

giac déu c6 canh bang 3¢ Thé tich ctia vat thé do bing
124 124 24 124
124, V3 ©H8V3, @123
27 27 27 27
Cdu 7. Trong khong gian Oxyz, mat phang (Oyz) c6 phuong trinh 1a

@y:O. a:zO. @x—i—y—i—z:o. @z:O.

Cadu 8. Trong khong gian Ozyz cho hai mit phing (P): — 6z +my —2mz—m?=0va (Q): 22+y—22+3=0
(m 1 tham s6). Tim m dé mit phing (P) vudng géc v6i mat phang (Q).
12 12 5
®m:€' m:12. @m:7. @m

:E_

Cau 9. Trong khong gian Ozyz, cho tam giac ABC vé6i A (1;1;—-2), B(2;0;3), C(—2;4;1). Mat phang (ABC)
c6 phuong trinh la

.

@x—i—y—z—i—Q:O. :L‘+y—2,z+2:0. ©x+y—2:0. @az+y—|—z—2:0.
Cau 10. Trong khong gian Oxyz, phuong trinh clia truc tung Oy 1a

z=0 T = T = z=0
B)y=t. y=t. ©<y=0. D<{y=t.

z=1 z=0 z = z2=0

Cau 11. Trong khong gian Oxyz, dudng thing di qua hai diém A(1;2; —1) v B(2; —1;1) ¢6 phuong trinh tham
s6 1a
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JS. On tap gitra ki 2 Khi thanh céng ban ndi gi cing ddng

yV J/ J J
r=1+t r=1+4+t r=1+1 r=1+t
B {y=-3+2t. y=2-3t . ©<y=1+2t. D)< y=2-3t.
z=2—t z=—-14+2t z=—1 z=1+2¢t

r—1 y—-2 =z

: 5 = 5 vamat phang (P): 2z—y+22—3 = 0.
Goi a 1 goc giita duong thing A va mit phing (P). Khang dinh nao sau day la ding?

@sina:%. cosaz—g. @sina:—g. @Cosoz:é

9

Cau 12. Trong khong gian Ozyz, cho dudng thang A:

B3 cau trdc nghiém diing sai

Cau 13. Cho f(z) Ia ham s6 lién tuc trén doan [a; b]. Gia sit F(x) va G(z) 1a hai nguyén ham ctia f(z) trén doan

[a; b].
b
a) G(z) = F(z) + C, véi C la hang s6 nao do6. b) /f(ac) dz = G(b) — F(a).
b a
¢) / F@)de = F(b) — Fla). d) F(b) + Gla) = G(b) + Fla).
Cau 14.
Cho y = f(x) 1a ham s6 bac hai ¢6 do thi (P) nhu hinh vé bén. Goi (H) la y

hinh phang gigi han béi (P) véi truc hoanh.
a) Hoanh do giao diém ctia parabol véi truc hoanh la z =1 va x = 2.
b) Phuong trinh ciia parabol la y = 22 — 22,

N 2
c) Dién tich ctia hinh (H) bang 3

d) Khi Chlo6 hinh (H) xoay quanh truc Ox ta duge mot vat thé co thé tich
bang 5
Cau 15. Trong khong gian Oxyz, cho mit phang (P): z +y + 2z — 3 = 0 v mit phing (Q): v — 2y + 2z =0
a) 7 = (1;1;1) 14 mot véc-td phap tuyén ctia mat phang (P).
b) Diém A(1;0;3) thuoc mat phing (Q).
c) Khoang cach tit diém B(1;2;3) dén mit phing (P) bing /2.
d) Géc gitta mat phang (P) va mit phang (Q) bang 90°.

r=1
Cau 16. Trong khong gian Ozyz, cho dudng thing d: ¢ y =2 —t va mit phang (R): 2 +2y+2=0
z =3+ 4t.

a) U = (0;—1;4) 1a mot véc-to chi phuong cta d.

b) Diém A(1;2;3) thuoc dudng thang d.

c) Duong thing d cit mit phang (R) tai diém H(1;6;13).

d) Phuong trinh duong thing A nim trong (R) va vuodng géc véi d c6 mot vée to chi phuong 1a m = (—9;4;1).

Cau trdc nghiém tré 16i ngdn

-1 y+2 z—3 d
— = va :

-2 1 2 S 1 —4

cos ¢ (lam tron dén hang phan tram). KQ:

Cau 17. Goi ¢ la géc gitta hai duong thing di : v

A L 2 .
Cau 18. Cho F(z) la mot nguyén ham cta ham s6 f(x) = —, biét F(1) = 2. Gia tri cta F'(3) bang bao nhiéu
x

(lam tron dén hang phan chuc)? KQ:

Cau 19. Toc do chuyén dong v (m/s) cia ca no trong khoadng thsi gian 40 giay dugce thé hién nhu hinh bén dudi.
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y / J J

v(m/s)
10t--;

t(s)

- - — — —

CO¢ — — -

19) 30 40

Quéang duong di duge (tinh bang m) clia ca no trong khoang thoi gian nay 1a bao nhieu? KQ:

Cau 20. Trong khong gian Oxyz, xét mit san phang (ABCD), v6i A(1;1;0), B(—2;3; —2), C(0;0; —4), D(3; —1;0).
Tinh khodng céch tit diém E(8;1;2) dén mat san (ABCD). KQ:

Cau 21.
Ong An xay dyng mot san béng da mini hinh chit nhat c6 chiéu 10 m A
rong 30m va chiéu dai 50m. Dé gidm bét chi phi cho viéc trong
¢6 nhan tao, ong An chia san bong ra lam hai phan (t6 den va
khong t6 den) nhu hinh bén. Phan t6 den gom hai phan dién tich
bang nhau va duong cong AIB 1a mot parabol dinh I dugce trong

c6 nhan tao véi gia 130000 dong/m? va phan con lai duge trong & ;
v6i giad 90 000 dong/m?. 2

B
Héi ong An phai tra bao nhiéu tién (tricu dong) dé trong c6 nhan tao cho san béng. KQ:

Céau 22. Trong khong gian Oxyz, cho diém A(1;2;3) va hai dudng thang

2 2 3 r=lot

— _|_ —

d1:x2 :y—l :Zl , do: Sy=142t
z=—-14+1

Duong thang A qua A, vudong géc véi di va cit de tai B. Tinh do dai AB (lam tron dén hang phan tram).
KQ:
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JS. On tap gitra ki 2 Khi thanh céng ban ndi gi cing ddng

yV J/ J J
“ Cau tréc nghiém nhiéu phuong @n lwa chon
Cau 1. Ho nguyén ham ciia ham s6 f(z) = x—ll— : 13
(A)In |22 + 2| + C. —%ln(m+1)2+0. @—ﬁ +C. (D)—In|z+ 1|+ C.
Cau 2. Ham s6 F(x) = x;’ + €% la mot nguyén ham ciia ham s6 nao dudi day?
@f(a:):3x2+em. f(z) = 2% + e~ @f —+e @f(:c)zﬂf—i-ez.
2

Cau 3. Cho /f(a:) dz = 3 va

B 5.

g(z)dz = —2. Khi do, / | dz bang
1

—5. ©-1. (D)1.

5f(x) dx bang

@-—. @

1
Cau 4. Néu/f(x dz =5 thi
0

(A)3125. (©)25. (D) 10.

Cau 5. Cho ham s6 y = f(z) xac dinh va lién tuc trén doan [a;b]. Dién tich hinh phing gi6i han bdi do thi ham
s6 y = f(x), truc hoanh va hai duong thing x = a; z = b dugc tinh theo cong thiic

@Sz/f(w)dw- ®s= /bf(fc)dx- ©s=/b|f<x>rdx. @Szfamxndx.
a a a b

Cau 6.

O\H

@

1 2
Cho do6 thi ctia ham s6 y = f(z) nhu hinh vé ben. Biét /f =a, /f
) 1

Tinh dién tich S ctia phan hinh phing dugc to dam.

@S:—a—b. Sza—i—b. @S:b—a. @S:a—b.

Cédu 7. Trong khong gian Ozyz, cho mat phing (P): 2z +y — z + 3 = 0. Véc-t nao dudi day 1a mot véc-to phap
tuyén cua (P) ?

B 73 = (1;-1;3). B) 74 = (2;—1;3). ©) 7y = (2;1;-1). D)7, = (2;1;3).

Cadu 8. Trong khong gian véi hé toa do Oxyz, cho mit phang (P): x — 2y + z — 5 = 0. Diém nao dudi day thuoc

(P)?

(A) M(1;1;6). (B) N(—5;0;0). (©) P(0;0 — 5). D)Q(2
Cau 9. Trong khong gian Oxyz, mat phiang (P) di qua M (2; —5;1) va song song v6i mit phang (Oxz) c6 phuong
trinh 1&

Bz +y+3=0. B)z+z—3=0. ©y+5=0. D)z —2=0.

Cau 10. Trong khong gian v6i hé toa do Oxyz, duong thang nao sau day c6 véc-to chi phuong 1a @ = (2;3; —1)?

r=1-—4t X =1+4¢ r=1-2t r=1+2t
®y=2-6t . y=2+6t . ©<y=2-3t. D) y=2-3t.
z=—14+2t z=—1—4¢ z=—-1—1 z=—1—1

Cau 11. Trong khong gian véi hé toa do Ozyz, cho hai diém M (1;0; —2) va N(3;0; —2). Véc-to nao sau day 1a
mot véc-to chi phuong ctia duong thang MN?

B w3 = (2;0; —2). B)u3 = (2;0;—1). (©u; = (1;0;0). D) ;= (0;0;2).
B ThS. Nguyén Hoang Viét — @ 0905.193.688 /‘
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J Ph&n 8. ON TAP THI HOC Ki Khi thanh céng ban néi gi ciing dung
Cau 12. Trong khong gian Oxyz, dudng thang di qua diém M (—2;1;3) va nhan véc-to @ = (1; —3;5) lam véc-to
chi phuong ¢6 phuong trinh

-1 +3 -5 -2 +1 -3
®x_+22:y11:2(33. $-:|l-2:y_31:z53.
x y—1 22— x y—1 z-—
@ 1 3 5 @ 1 -3 5

B3 cau trdc nghiém diing sai

Cau 13. Cho f(x) 1a ham s6 lien tuc tren R.
a) / f(x)de = f'(z) + C. b) / f'(z)de = f(z) + C.
¢) / f(2)de = f(z). d) / f"(z)de = f'(z) + C.

Cdu 14. Cho vat thé tron xoay nhu hinh duéi.

a) Vat thé dugc tao thanh khi cho hinh phing gi6i han bdi dd thi ham s6 y = f(z) va hai dudng thing
x = a,r = b quay quanh truc Ozx.

b) Vat thé dugc tao thanh khi cho hinh phéng giéi han bdi do thi ham sé y = f(x), truc hoanh va hai dudng
thing x = a,z = b quay quanh truc Ozx.

b
c) Thé tich ctia vat thé duge tinh theo cong thitc V = 7r/ f(x)de.
a
b
d) Thé tich ctia vat thé duge tinh theo cong thitc V = 7r/ [f(2)]? da.
a

gﬁu 15. Trong mit phang Oxyz, cho mit phang (P) di qua M (1;2; —3) va c¢6 cip vectd chi phuong @ = (2;1;2),
b =(3;2;-1).

a) © = (10; —16; —2) 1a mot vecto phap tuyén ctia mit phang (P).

b) Phuong trinh mit phang (P) 1a 5z + 8y — 2z — 8 = 0.

c) (P) vuong géc véi mit phing (Q): z + 2y — 2+ 3 = 0.

d) Khoang céch tir diém A(1; —2; —1) dén (P) 1a v/10.

Cau 16. Trong khong gian Oxyz, cho hai dudng thing

r_y—3 z+3
Ay =TT

r+4 y+2 =2-4
2 1 -1

, Ag:

Xét cac vecto w1 = (1;—1;2) va o = (2;1; —1).
a) Duong thing A; di qua diém M;(0;3; —3) va c6 @1 = (1;—1;2) 13 mot vectd chi phuong.
b) Dudng thing As di qua diém My(—4; —2;4) v c6 Ua = (2;1; —1) 13 mot vectd chi phuong.
C) [’1_1:1, Q_L)Q] = (1; —5; —3).
d) Hai duong thing A; vi Ag chéo nhau.

Céau tréc nghiém trd 16i ngén

Cadu 17. Ho nguyén ham ctia ham s6 f(z) = 32241 14 ax®+br?+cr+d. Tinh tdng a+b+c. KQ:

201/215 ’

B ThS. Nguyén Hoang Viét — @ 0905.193.688 /‘




JS. On tap gitra ki 2 Khi thanh céng ban ndi gi cing ddng

y / J J

r—1

dz = a—1Inb, véi a, b 1a cic s6 nguyen. Gia tri clia a+b bang KQ:
x

3
Cau 18. Biét réng/
1

Cau 19.

Cho ham sb f(z) = 2% + az? + bx + ¢ ¢6 do thi (C). Biét rang tiép tuyén d cia (C)

tai diém A c6 hoanh do bang —1 cit (C) tai diém B c6 hoanh do bing 2. Dién tich

hinh phang gi6i han bdi d va (C) bing m (v6i m,n nguyén duong va phan s6 m
n

toi gidn). Gid tri m + n bang KQ:

Cadu 20. Cho biét phuong trinh mit phing (P): ax + by + cz — 13 = 0 di qua 3 diém A (1;-1;2), B(2;1;0),

C (0;1;3). Khi d6 a + b + ¢ bang KQ:
A R . . s x—1 y-2 z4+41 .~

Cau 21. Trong khong gian véi hé toa do Oxyz, cho dudng thang 5 = 1 — 5 nhan véc-to u = (a;2;b)

lam mot véc-ta chi phuong. Tinh a — b. KQ:
r=1+4+2¢t

Cadu 22. Trong khong gian Ozyz, cho dudng thang d: { y =1—1t va hai diém A(1;0;—1), B(2;1;1). Goi diém
z=1

M (a; b; ¢) thuoe dudng thang d sao cho M A + M B nhé nhat. Tinh —a + 2b + c. KQ:
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

y J/ J J
e ON TAP HQCKY 2
V ®
A-DE 1
n Cau tréc nghiém nhiéu phuong @n lwa chon
2
Cau 1. Cho /f (x)dz = 10. Két qua / [2 —4f (z)] dz bing
2 5
&) 34. (B) 36. (©)40. (D)32.
~ R . < 2 T —2 Yy — 1 z+1 R . — N )
Cau 2. Trong khong gian Oxyz, cho dudng thang d: R R nhan véc-to ¥ = (a;2;b) lam véc-to
chi phuong. Khi d6 a + b bang
@A) 3. (B)3. ©5. —5.
~ ) -1 2 —4
Cau 3. Trong khong gian Ozyz, cho hai dudng thang d; : i 5 = y_+1 . 5 va
r=3+1
do: ¢ y=—t . Tinh goc gitta d; va ds.
z=4
@) 30°. (B)45°. (©)60°. (D)90°.
Cau 4. Trong khong gian véi hé toa do Ozyz, cho mit phing (a): x —y + 2z + 1 = 0 va dudng thing A: % =
—1 N
% = Z_l . Goc gita A va (a) bang
(R) 45°. (B)60°. (©)30°. (D)120°.
Cau 5. Trong khong gian Oxyz, phuong trinh nao dudi day 1a phuong trinh mat cau tam I(1;0; —2), ban kinh
r =47
B) (z— 1)+ 92+ (2 +2)? = 16. B)(z+1)2+3>+ (22?2 =4
©) (z+1)2 4+ 92+ (2 — 2)2 = 16. D (x—1)24+ 12+ (z2+2)2 = 4.
Cau 6. Trong khong gian Oxyz, mit cau (S) c¢6 tam co tam I(1; —3;2) va di qua diem A(5; —1;4) 1a
B (z—1)2+ (y+3)2 + (= — 2)> = V24. B) (z+1)2+ (y—3)> + (2 +2)? = V24.
©@+1)2+(y—3)2+(2+2)2 =24, D (z—1)2+ (y+3)2+(z—2)2 =24
~ N . N 2
Cau 7. Trong khong gian Ozyz, cho mat cau (S) c6 tam I(—1;4;2) va the tich bang ? Phuong trinh ctia
(S) 1a
B (z+1)2+(y—4)2+ (- 22 =4. B)(x— 12+ (y+4)>+ (2 +2)>=4.
©@ -1+ +4?+ (= +2° =4 D@ +12+ @42+ (-2 =16.

Cau 8. Trong khong gian véi hé toa do Oxyz, cho mat phing (P): 6x + 3y — 2z + 24 = 0 v& diém 1(2;5;1). Mat
cau tam I v tiép xtic v6i mat phéng (P) c6 phuong trinh la

B (x -2+ @y —5>+(z-1>*=T1. B (z+2)?2+@y+5)2+(z+1)2=T1.

(©)(z—2)%+ (y—5)2+ (2 — 1)2 = 49. D) (z42)2+ (y+5)2 + (2 + 1) = 49.
Cau 9. Mot hop ¢6 8 vién bi dé va 7 vién bi xanh, cac vién bi c6 cuing kich thude va khéi luong. Ban Hoa lay

mot vien bi trong hop, khong tra lai. Sau d6 ban Hong lay mot vien bi trong hop dé. Tinh xé4c suat dé ban Hong
lay dugc vién bi dé néu biét ring ban Hoa lay dugc vién bi dé.

1 8 4 7
OF ®) 5 ©:. 5
Céiu 10. Cho céic bién 6 A va B théa man P (A) = 0,3; P (B) = 0,5; P (B|A) = 0,7. Tinh P (A|B).
11 G 19 21 @ 2
25° 50° 50° 5
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JA. On tap hoc ky 2 Khi thanh céng ban ndi gi cing ddng
Cau 11. Ngudi ta khao sat kha nang choi nhac cu ctia mot nhém hoc sinh tai truong X. Nhém nay c6 60% hoc
sinh 1a nam. Két qua khao sat cho thay c6 20% hoc sinh nam va 15% hoc sinh nit biét choi it nhat mot nhac cu.
Chon ngau nhién mot hoc sinh trong nhém nay. Tinh xac suat dé chon duge hoc sinh biét choi it nhat mot nhac

cu.
B 17%. (B)16%. (€)19%. (D)18%.

Cau 12. C6 hai hop dyng céc vién bi cung kich thudc va khdi lugng. Hop thit nhat chita 5 vien bi dé va 5 vien
bi xanh, hop tht hai chita 6 vien bi dé va 4 vien bi xanh. Lay ngiu nhién mot vién bi tit hop thi nhat chuyén
sang hop thit hai, sau d6 1y ra ngdu nhién mot vién bi tir hop thit hai (gia st vien bi duge 1ay ra tit hop thit hai
12 bi d6). Tinh x4c suat vien bi dé do la ctia hop thit nhat.

1 25 5 29
@ ® % 5

B3 cau trdc nghiém ding sai

Cau 13. Trong khong gian v6i hé toa do Oxyz, cho mit cau (9): 22 + y? + 22 — 4o + 2y + 22 — 10 = 0 va mat
phéng (P): z+2y—22+10=0

a) Mit cau (S) ¢6 tam [ (2;—1;—1). b) Ban kinh ctia mit cau (S) 1a R = 4.

c) Véc-to phéap tuyén cta (P) la 7 = (1;2;2). d) (P) tiép xuc véi (S).

Cau 14. Vao mdi budi sang & tuyén phd H, xac suat xay ra tic duong khi troi mua va khong mua lan lugt 14 0,7
va 0,2. X4c suat c6 mua vao mot budi sang 1a 0,1.

a) Xac suat xdy ra tac duong khi troi mua 1a 0,2.

b) Xac suat x4y ra tic duong khi troi khong mua 1a 0,7.

c) Xac suat khong c6 mua vio mot budi sang 0,9.

d) X&c suat dé sang d6 tuyén phdé H bi tac duong 1a 0,25.

Cau 15. Mot nhom 5 hoc sinh nam va 4 hoc sinh nit tham gia lao dong trén san truong. Co gido chon ngdu nhién
dong thoi 2 ban trong nhém di tudi cay.

a) S6 phan tit clia khong gian méau 1a n(Q2) = C3 = 36.

b) S6 phan tit ctia bién ¢ ¢6 it nhat mot ban nam duge chon 1a 10.

L a2 . 15
c) Xéc suat dé trong hai ban duge chon ¢6 it nhat 1 ban nam dugce chon la 36"
P . 1
d) Xéc suat dé hai ban duge chon ¢6 cuing gi6i tinh nam la —.
r=1-—t
Cau 16. Trong khong gian vé6i hé toa do Oxyz cho dudng thing d: { y = 2 + 2t, vA mit phing (P): x —y+3 =
z=3+1

a) Duong thang d c6 véc-to chi phuong 1a @ = (—1;2;1).
b) Mit phing (P) c6 véc-ta phap tuyén 1a # = (1;—1;3).
c) Diém A(-1;-2;0) € (P).

d) Géc gitta dudng thing d va mit phang (P) bing 30°.

Cau tréc nghiém tré 1&i ngén

Cau 1. Trong khong gian Oxyz, phuong trinh mit phing di qua M(3;—1;2), N(4;—1;—-1), P(2;0;2) c¢6 dang

3z + By +Cz+ D =0. Tinh B% + C? + D?. KQ:
~ . : . 1 1 -3 .
Cau 2. Trong khong gian v6i hé toa do Ozxyz, cho dudng thang d: 1‘—;— = y—i— -z i va mit phang
P): z+2y — z+5 = 0. Miit phing (Q) chita duong thing d va tao vdi (P) mot géc nhd nhat ¢ phuong trinh
Y g g g g g
dang Az + By — 2z + D = 0. Tinh A% + B? + D?. KQ:

Cau 3. Trong khong gian Oxyz, cho diém I(—4; —2;3). Tinh ban kinh ctia mat cau (S) c6 tam I va tiép xic vé6i
truc tung Oy. KQ:
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J Ph&n 8. ON TAP THI HOC Ki Khi thanh céng ban néi gi ciing dung
y J/ J J
Cau 4. Trong khong gian v6i hé toa do Oxyz, phuong trinh mit cau di qua bén diém M(1;0;1), N(1;0;0),
P(2;1;0) va Q(1;1;1) c6 dang (S): 22 +y?+2%—2ax—2by—2cz+d = 0. Tinh a+b+c+d. KQ:

Cau 5. Mot nghién citu da chi ra rang ti 16 ngudi bi lao phdi trong nhém X nhitng ngudi mic phai hoi ching suy
gidm mién dich H 1a 15,2%. Két qua nghién cttu vé mot s6 triéu chiing lam sang nhu ¢6 ho trong vong bén tuan,
hodc ¢6 bi s6t trong vong boén tuan, hodc ra mo hoi ban dém tit ba tuan tré lén ctia nhém X cho thay.

® Trong sb6 nhitng ngudi mic bénh lao phodi, c6 93,2% truong hop cb it nhat mot triéu ching;
© Trong s6 nhitng ngusi khong méic bénh lao phoi, c6 35,8% truong hop khong cé trieu ching nao.

Néu béc si gap mot bénh nhan thudc nhém X va bénh nhan dé c6 it nhat mot triéu ching trén thi xac suat bénh

nhan nay méic bénh lao phdi 1a bao nhi¢u? (két qua lam tron dén phan tram) KQ:

Cau 6. Ban Nam tham gia mot gian hang tro choi dan gian trong hoi xuan ciia truong. Tro choi ¢6 hai lugt
choi. Xéac suat dé Nam thang & lugt choi thit nhat 1a 0,6. Néu Nam thing & lugt choi thit nhat thi xéc suét
Nam thang & lugt choi thit hai 13 0,8. Nguge lai, néu Nam thua & lugt choi thi nhat thi xdc suat Nam thing &
luot choi thit hai 1a 0,3. Biét Nam da thing & lugt choi thit hai, tinh x4c suat Nam thang & lugt choi thit nhat.

KQ:
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JE). On tap hoc ky 2 - Dé sb 2 Khi thainh céng ban néi gi cing ding

y / J J

e ON TAP HOCKY 2 - DE SO 2
N4

n Cau tréc nghiém nhiéu phuong @n lwa chon

Cau 1. Ho nguyén ham ciia ham s6 f(x) =e* + x 1a

1 1 1
B)e* +22+C. ef+§:c2+0. ©$+1ex+§af2+0. (D)e” +1+C.
A N 2 2z* + 3 2 . N A1 1
Cau 2. Cho ham s6 y = 5— - Khang dinh nao sau day la ding?
x

273 3 223 3
@/f(x)da;—?+%+(l /f(:v)d:c—T—;—FC.

223 3 3
@/f(a:)dx:%—f-g—i-c. @/f(ac)d:c:2x3—;+0.

@)0. ®)1. g O

®1. B)-3. (©3. (D)-1.
Cau 5.
Dién tich phan hinh phéng gach chéo trong hinh vé bén dudc tinh theo cong thiic nao
duéi day?

2 2
@B [ (22% — 2z — 4) dz. (—22 + 2) da.
J J

2 2
© [ (22 —2)dz. D) [ (—22% + 22 +4) d.
J J

Cdu 6. Thé tich ciia vat thé tron xoay thu dugce khi quay hinh phing (phan gach soc clia hinh vé) xung quanh
truc Oz bang

(A) 24. (B)27x. (D)267.

Céau 7. Trong khong gian Ozyz, cho mit phing (P): 3z — z + 2 = 0. Véc-t6 ndo dusi day 1a mot véc-to phap
tuyén cta (P)?
B = (~1;0;-1). ®)7 =(3-1;2). (©7 = (3;-1;0). @7 = (3;0;-1).

Cadu 8. Trong khong gian Oxyz, cho diém A(1;3;2), mat phang (P): 22 —y + z — 10 = 0 vA dudng thing
d: r+2 y—-1 z-1
21 -1
doan M N. Biét rang ¥ = (a;b; 1) 1a mot vecto chi phuong ctia A, gia tri cia a + b bang

@A) 11. (B)—11. (©3. (D)-3.
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

Cau 9. Trong khong gian Ozyz, co-sin ciia goc gitta duong thang chita truc Oy va mat phang (P): 4o — 3y +
V22 — 7 =0 bing

V2 2 1 4
Cau 10. Trong khong gian Oxyz, mat cau (S): (z — 1)% + (y — 2)2 + (2 + 3)2 = 4 ¢6 ban kinh bing
@) 4. B)2. © V2. (D)16.
N 1
Cau 1. Cho P(4) = =5 P (B | 4) = . Gid tr clia P(4B) la
2 3 1 4
5 ® 3% ©5 3
Cau 12. An c6 mot tii gom mot sb chiée keo cling loai, chi khac mau, trong dé c¢6 6 chiéc keo so-co-la den, con

lai 1a 4 chiéc keo so-co-la trang. An lay ngdu nhién 1 chiéc keo trong tii dé cho Binh, r6i lai lay ngdu nhién tiép
1 chiéc keo nita trong tii va ciing dua cho Binh. Xac suat dé Binh nhan dugc 2 chiéc keo so-co-la den 1a

® ®7 ©: OF

(G2 )

B3 cau tréc nghiém diing sai

Cau 13. Cho (S) : 22 +y? + 22 — 20 — 4y + 62 — 67 = 0. Cac ménh dé sau ding hay sai ?
a) Mit cau (S) 6 tam T (1;2;3).
b) Ban kinh mat cau (S) la R =9.
c) Cho mit phéng (P) : 2z — 2y + z — 13 = 0. Khi d6 (P) tiép xtc véi (S).

r=1+1
d) Cho dudng thang (A): {y=2 . Khi dé (A) va (S) cat nhau tai hai diém.
z2=—4+Tt

Cau 14. Trong mot hop c6 20 vien bi xanh va 4 vién bi do, cac vién bi déu c6 hinh dang va kich thudc giong
nhau. Mot hoc sinh 14y ngdu nhién 1an lugt 2 vién bi (14y khong hoan lai) trong hop. Cac khang dinh nao dudi
day dang hay sai 7
L ez oox L. oz 1
a) Xéac suat de lan tha nhat 1lay duge vién bi dé 1a 5
TN . P Lo 3
b) Xac suat de lan thw hai lay duge vién bi d6, biét lan thi nhat lay duge vien bi do, la %3

Z ? X X Z 1
c) Xéc suat dé ca hai lan deu lay dugce vién bi d6 la TR

d) X&c suat dé it nhat mot lan 1ay duge vién bi xanh I3 T

Cau 15. Trong khong gian v6i hé toa do Ozyz, cho mat phing (P): 3z —y + 22 + 2 = 0 va dudng thing
g Loyl _ =+l
"3 2 -1

a) (3;—1;—2) la véc-to phap tuyén ctia (P).

b) Goc gita (P) va (d) 1a mot géc nhon.

c) Goc gitta (P) va (d) 1a 20° (1am tron dén hang don vi ctia do).

d) Goc gitta truc Oz va d (lam tron dén hang don vi ctia do) bang 42°.

. Xac dinh tinh diang, sai ctia mdi ménh dé sau

Cau 16. Xét mot 16 giay chién si duge sdn xuat bdi 3 nha may 1, 2, 3 véi ti 1é 1an lugt 14 20%, 30% va 50%. Xac
suat gidy héng clia cdc nha may lan lugt 14 0,001; 0,005 va 0,006. Cac khiang dinh dudi day ding hay sai?
a) Lay ngau nhién mot chiée giay tit 16 hang. Xac suit dé chiéc giay 14y ra la gidy héng ¢ nha may 1 1a 0,002 .
b) Lay ngiu nhién mot chiéc giay tir 16 hang. Xéac suat dé chiée giay 1ay ra bi hong 1a 0, 0065.
c) Lay ngdu nhién mot chiée giay tit 16 hang. Xac suat dé chiée giay 1ay ra khong bi hong 1a 0,9925.
d) Lay ngau nhién ra mot chiée giay kiém tra thi duge két qua la chiée giay bi hong. Xac suat dé chiéc giay do
do nha méy 3 san xuat 1a 0,5 (lam tron dén chit s6 thap phan thit nhat).

B cau tréc nghiém diing sai

Cau 17. Cho (S) : 2?2 + y* + 22 — 22 — 4y + 62 — 67 = 0. Cac ménh dé sau ding hay sai ?
a) Mit cau (S) c¢6 tam T (1;2;3).
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J5. On tap hoc ky 2 - Dé sb 2 Khi thainh céng ban néi gi cing ding

y / J J

b) Ban kinh mat cau (S) la R =9.
c) Cho mit phéng (P) : 2 — 2y + z — 13 = 0. Khi d6 (P) tiép xtc véi (S).

r=1+4+1
d) Cho dudng thang (A): <y =2 . Khi d6 (A) va (S) cit nhau tai hai diém.
z2=—4+Tt

Cau 18. Trong mot hop c6 20 vién bi xanh va 4 vién bi dé, cac vién bi déu c¢6 hinh dang va kich thuéc gidong
nhau. Mot hoc sinh 14y ngdu nhién 1an lugt 2 vién bi (14y khong hoan lai) trong hop. Cac khang dinh nao dudi
day dang hay sai 7
£, 42 1% L. oz 1
a) Xéc suat de lan tha nhat 1lay duge vién bi dé 1a 5
3

b) Xac suit dé lan thit hai lay dugc vién bi dd, biét 1an thit nhat 14y duge vien bi dé, 1a %"

Z ? X X Z ].
c) Xéc suat dé ca hai lan deu lay dugce vién bi dé la —.
d) X&c suat dé it nhat mot lan lay duge vién bi xanh 13 T
Cau 19. Trong khong gian v6i hé toa do Ozyz, cho mat phing (P): 3z —y + 22 + 2 = 0 va dudng thing
r y—1 2z+1
d: L =Y
3 2 -1
a) (3;—1;—2) la véc-to phap tuyén ctia (P).
b) Géc gita (P) va (d) 1la mot goc nhon.
c) Goc gitta (P) va (d) 1a 20° (lam tron dén hang don vi ctia do).
d) Goc gitta truc Oz va d (lam tron dén hang don vi clia do) bang 42°.

. Xac dinh tinh diang, sai ctia mdi ménh dé sau

Cau 20. Xét mot 16 giay chién si duge san xuat béi 3 nha may 1, 2, 3 véi ti 1é 1an lugt 1a 20%, 30% va 50%. Xac
suat gidy héng ciia cac nha may lan lugt 1a 0,001; 0,005 va 0,006. Cac khang dinh duéi day ding hay sai?
a) Lay ngAu nhién mot chiée giay tit 16 hang. Xac suit dé chiée giay 14y ra 1a gidy héng & nha may 1 1a 0,002 .
b) Liy ngiu nhién mot chiéc giy tir 16 hang. X4c suat dé chiée giay 1ay ra bi hong 1a 0, 0065.
c) Lay ngdu nhién mot chiéc giay tir 16 hang. X4c suat dé chiée giay 1ay ra khong bi hong 1a 0, 9925.
d) Lay ngau nhién ra mot chiéc gidy kiém tra thi dugce két qua la chiée giay bi hong. Xac suat dé chiée giay do
do nha méy 3 san xuat 1a 0,5 (lam tron dén chit s6 thap phan thit nhat).

B3 cau trdc nghiém trd 15i ngén
Cau 21. Trong khong gian Ozyz, cho hai diém A(2;0; —1) va B(0;2;3). Mit cau (S) dudng kinh AB c6 ban kinh

R. Khi d6 8R? bing KQ:

~ ~ . 2 . . - x y—1 z—3 N 5
Cau 22. Trong khong gian Ozyz, cho diem M (1;0;2) va duong thang d: 5= 1 = 1 Duong thiang A
di qua M cit va vuong géc véi d c6 mot véc-to chi phuong 1a @ = (a;b;4). Gia tri biéu thic S = a + b biang
KQ:

Cau 23. Chuong I ¢6 5 con ga mai, 2 con ga trong. Chuodng II ¢6 3 con ga mai, 5 con ga trong. Bac Mai bat mot
con ga trong s6 dé theo cach sau: Bac tung mot con xtic xac can doi, dong chat. Néu s6 cham chia hét cho 3 thi bac
chon chudng I, néu sé chadm khong chia hét cho 3 thi bac chon chudng II. Sau d6, tit chuong da chon bac bat ngau
nhién mot con ga. Goi P 1a xéac suit dé bac Mai bat dudc con ga mai. Khi d6 84P bing KQ:

Cau 24.
Mot vat trang tri c6 dang khoi tron xoay tao thanh khi quay mién (R) dugc gidi han béi 4 D
duong gap khiic DABFE va cung tron ED (phan gach chéo trong hinh bén) xung quanh
truc AB. Biét ABCD la hinh chit nhat canh AB = 3 cm, AD = 2 cm; F la trung diém
ctia BC; diém E cach AD mot doan bang 1 cm. Tinh thé tich ctia vat trang tri dé, lam

£ 2 S N X Nt . E
tron két qua dén hang phan mudi, don vi cm?. KQ:

C
B F
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JPhén 8. ONTAP THI HOC Ki Khi thainh céng ban néi gi cing ding
Cédu 25. Cho ham s6 bac bén y = f(x) c6 ba diém cyc tri duong lan lugt 14 21, 9, x3 théa man x1 + 2+ 23 = 3
va g(z) 1a parabol di qua ba diém cic tri ctia do thi ham s6 f(z). Dién tich hinh phéng gi6i han béi dd thi ciia

f'()
f(z) —g(z)
tram). KQ:

ham s6 y = , truc hoanh v& hai duong thang z = —2, z = 0 bang (két qua lam tron dén hang phan

Cdu 26. Trong khong gian v6i hé toa do Oxyz cho diem A(—2;2;—2) va diém B(3;—3;3). Diém M thay dbi

M.A 2 2 2
trong khong gian théa méan VB -3 Diem N (a;b;c) thuoc mit phang (P): —z + 2y — 22+ 6 = 0 sao cho M N

nhé nhat. Tinh téng T = a + b + c. KQ:
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JE). On tap hoc ky 2 - Dé sb 2 Khi thainh céng ban néi gi cing ding

AL

n Cau trdc nghiém nhiéu phuong dan lua chon

2 2
Cau 1. Biét rang /f(x) dz = —4. Gia tri cla / [3z — 2f ()] dz bang
0 0

@) —2. B)12. (©)14. (D)22.

~ ) -2 —1 )
Cau 2. Cho dudng thang d: * = Y 5 = : —; 3. Vectd nao dudi day 1a vecto chi phuong ctia dusng thang
d

A7) = (2;1;-3). B) Wy = (—2;—1;3). © T3 =(—1;2;1). D)@,y = (—1;2;-1).
Cau 3. Cho hai mit phing (P): 22—y —2—-3=0v4 (Q): v — 2z — 2 = 0. Goc giita hai mat phang (P) va (Q)
bang

(&) 30°. (B)45°. (©)60°. (D)90°.

A 2 - 1 2 S
Cau 4. Goc gitta dudng thang d: % —_ 5 = % va mat phang («): 4 + 3y + 5z — 4 = 0 bang

(A) 30°. (B)120°. (©)60°. (D)150°.

Cau 5. Trong khong gian véi hé toa do Oxyz, phuong trinh ndo sau day 1a phuong trinh mit cau?

@x2+y2+22+4x—2y+6z+1520. x2+y2+222+4$—2y—|—62+5:0.
©a2+y? + 22+ 40— 2y +62415=0. (D) 2% +y? + 22 + 4z — 22y + 62 + 5 = 0.
Cau 6. Chomatcéu(S):(:1:+1)2+(y—2)2+(z—1)2:9.Toatém[vébénkinthﬁa(S) la
B I(— yvaR=3. (B)I(1;-2;-1)vaR=3. (€©I(-1;2;1)vaR=9. (DI(1;-2;—1)vaR=09.

Cadu 7. Trong khong gian v6i hé toa do Oxyz. Cho mat cau (S): 22 +y? + 22 — 2z +4y — 42 —m = 0 ¢6 ban kinh
R =5. Gia tri m 1a

(B)m = —4. (B)m = —16. (©)m = 16. D)m = 4.

Cdu 8. Trong khong gian Oxyz, mat cau tam I(—1;2;3) va tiép xic v6i mat phiang (P): 2z —y—22+1=0¢6
phuong trinh

B (z+1)2+ (y —2)2+ (2 - 3)> = 0. B (z+1)2+(y—2)%+ (232 =3.
© (@ +12+(y 22+ (-3 =2 D (z+ 1)+ (y—2)%+(—3)% = 4.

Cau 9. Cho A, B la cac bién ¢6 ctia mot phép thit 7. Biét rang P(B) > 0, xac suat ctia bién ¢d A véi dicu kien
bién c6 B da x4y ra dugc tinh theo cong thitc nao sau day?

P(A) P(A)
(B)P(A|B) = Eﬁé) B)P(A|B) = B é@g)
(C©P(A|B) = B (D)P(A|B) = 50A) (5}’

Cau 10. Cho so do hinh cay nhu hinh bén. Xac suat dieu kien P(A | B) 1a

311. (B)0,7. z (D)0,48.

50
0,2

0,8

Cau 11. Cho A, B la céc bién ¢6 théa man P(A B) = 0,35, P(A) = 0,25, P(B) = 0,6. Gia tri ctia P(A|B) béng

1 1 7 2
OF OFt 5 @3
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J Ph&n 8. ON TAP THI HOC Ki Khi thanh céng ban néi gi ciing dung
Cau 12. Mot bénh vién c¢6 hai phong kham 14 phong A va phong B véi kha nang Iita chon ctia bénh nhan 1a nhu
nhau. Ti lé bénh nhan nam c6 & phong A va phong B lan lugt 1a 60% va 40%. Mot ngusi bénh dude chon ngau
nhiéu tir hai phong kham va biét ngusi nay 1a nam, xac suat dé ngudi bénh duge chon dén tit phong A 1a

R)0,6. (B)0,5. (©)0,4. (D)0,3.

B3 cau tréc nghiém diing sai

Cau 13. Trong khong gian Oxyz, phuong trinh mat cau
(S): (x—1)*+ (y+2)*+ (2 —1)* = 25.

Cac ménh dé sau dung hay sai?
a) Tam cta mat cau (9) la I(1,-2,1). b) Ban kinh ctia mit cau (S) 1a R = 5.
c) Diém M (5,1,—1) ndm trén mgt cau (S). d) Duong kinh clia mat cau (S) 1a 25.

Cau 14. Tai mot tiem nhé ban diém tam sang ciia chi Loan, chi Loan chi ban bun riéu hodc hi tiéu. Néu hom
nay chi ban bin riéu thi xac suat dé hom sau chi ban hi tiéu 1a 0,2. Néu hom nay chi ban hii tiéu thi xéc suét
dé hom sau chi ban ban riéu la 0,6. Xét mot tuan ma thi Ba, chi Loan ban bun riéu. Tinh xac suat dé thi Nam
trong tuan do, chi Loan ban hi tiéu.

a) 0,2-0,4+0,6-04. b) 0,2-0,4+0,8-0,2. c) 0,6-0,4+0,6-0,2. d) 0,8-0,240,2-04.

Cau 15. Trong khong gian Oxyz, cho dudng thing A vA mat phang () c6 phuong trinh

z=1+1
A: qy=2—1 (@):x4+2y—32+5=0
z=—1+2¢

Cac ménh dé sau ding hay sai?
a) Duong thing A vA mit phang () cit nhau.
b) Dudng thing A v& mit phang (o) vuong goéc véi nhau.
c) Dudng thing A vi mat phang (o) song song véi nhau.
d) Goc gitta duong thang A va mit phang () xap xi 49,5°.

Cau 16. Mot nghien ctu vé an toan giao thong muén tim hiéu vé méi quan heé giita viec thit day an toan khi lai
xe va nguy c¢o ti vong clia ngusi lai xe khi xay ra tai nan giao thong. Gia st da xem xét 845814 vu tai nan giao
thong 6 to va viéc that day an toan clia ngudi 1ai xe khi x4y ra tai nan giao thong. Két qua cho thay:

® Trong s6 nhitng ngudi 1ai xe c6 thiat day an toan, c6 515 ngudi tit vong va 621188 ngudi song sot;
©@ Trong s6 nhitng ngudi lai xe khong thiat day an toan, c¢6 1605 ngudi tit vong va 222506 ngudi song sot.

Cac ménh dé sau 13 ding hay sai?
a) Khong gian mau n(Q2) = 843694.
1605
222506
)

b) Xac suat ngudi 14i xe d6 t1t vong khi xay ra tai nan trong truong hgp khong thiat day an toan 1a

c) Xac suat nguoi 1ai xe d6 tit vong khi xdy ra tai nan trong trudng hgp c¢6 that day an toan 1a

621703
d) Ti s6 giita xac suat ctia ngudi lai xe ti vong khi khong that day an toan va ngudi tit vong khi c¢6 that day
an toan xap xi 8,6 lan.

Céu tréc nghiém trd 16i ngén

Céau 17. Trong khong gian véi hé truc toa do Oxyz, cho ba diém A(2;0;0); B(0; —1;0); C(0;0;3). Phuong trinh
mat phiang (ABC) c6 dang ax + by + cz — 6 = 0. Khi d6 a + b + ¢ bing bao nhieu? KQ:

Cau 18. Cho hai mit phéng (P): 2 —y — 6 = 0 vh (Q). Biét ring diém H(2;—1;—2) la hinh chiéu vuong géc
clia goc toa do O(0;0;0) xudng mét phang (Q). Goc gitta mat phang (P) va mat phang (Q) la a°. Khi d6 a bang
bao nhiéu? KQ: ‘ | | | ‘
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JE). On tap hoc ky 2 - Dé sb 2 Khi thainh céng ban néi gi cing ding

y / J J

Cau 19. Trong khong gian véi hé toa do Oxyz cho mit cau (S): 22 + y? + 22 + 4z — 8y + 2z — 4 = 0. Ban kinh
R cta (S) la KQ:

Cdu 20. Trong khong gian v6i he toa do Oxyz, dai kiém soat khong luu san bay c6 toa do O(0;0;0), mdi don
vi trén truc tng véi 1 km. M4y bay bay trong pham vi cach dai kiém soat 417 km sé hién thi trén man hinh
ra da. Mot may bay dang & vi tri A (—688; —185;8), chuyén dong theo duong thing d c6 véc-to chi phuong 1a
7 = (91;75;0) va huéng vé dai kiém soat khong luu.

M4y bay bay gan dai kiém soat khong luu nhat & vi tri K (a; b; ¢). Khi d6 a-+b+c biang bao nhieu? KQ:

Cau 21. Mot bénh vien dang xét nghiém cho mot s6 bénh nhan dé xéac dinh lieu ho c6 nhiém virus X hay khong.
Xéc suat dé mot benh nhan bi nhiém virus X 1a 0,05. Khi xét nghiém, néu mot bénh nhan bi nhiém thi xac suat dé
két qua xét nghiem duong tinh 1a 0,95. Néu mot bénh nhan khong bi nhiém thi x4c suat dé két qua xét nghiem am
tinh 13 0,98. Mot bénh nhan dude chon ngau nhién va cé két qua xét nghiem duong tinh. Xéc suat dé bénh nhan

d6 thuyc sy bi nhiém virus X bang bao nhieu? (lam tron két qua dén hang phan muoi) KQ:

Cau 22. Mot doanh nghiép c6 45% nhan vien 1a nit. Ti 1é nhan vién ni va ti 1é nhan vién nam mua bao hiém
nhan tho lan luot 1a 7% va 5%. Gip ngau nhién mot nhan vién ctia doanh nghiép. Biét rang nhan vién dé c6
mua bio hiém nhan tho. X4c suat nhan vién d6 1a nam bang bao nhieu? (Iam tron két qua dén hang phan mudi)

KQ:
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

AL =

n Cau trdc nghiém nhiéu phuong dan lua chon

2 2
Cau 1. Cho ham s6 f(z) lien tuc tréen R théa man / f(z)dz = 4; / f(x)dz = 3. Gia tri ctia biéu thitc
0 1

1
/ f(z)dz bang
0
B)7. B)1. ©12. (D)0,75.
Cédu 2. Dudng thang d di qua M (2;0; —1) v& c6 véc to chi phuong U@ = (4; —6;2) c6 phuong trinh
x=2+2t T=—-2+2t x=-2+4t x=4+2t
@ y=-3t . y=—3t . @ y = —6t . @ y=—3t
z=—-1+1 z=1+41 z=142t z2=2+1
Cau 3. Cho hai mit phing (P): 22 —y—2—-3=0v4 (Q): * — 2z — 2 = 0. Goc gifta hai mit phang (P) va (Q)
bang
(&) 30°. (B)45°. (©)60°. (D)90°.
Cadu 4. Trong khong gian Oxyz, tinh géc giita hai duong thing
d: {y=3—-t(teR)vad: {y=1+2t' (' €R)
z =2t z=3—t
&) 30°. (B)45°. (©)60°. (D)90°.

Cau 5. Cho mit cau (9): (z+1)2 + (y — 2)2 + (2 — 1) = 9. Toa tam I va ban kinh R ctia (S) 14
@®I(-1;2;1)vawR=3  BI(1;-2%-1)vaR=3 (©I-121)vwR=9  (DI(1;-2—-1)vaR=9.
Cadu 6. Mit cau tam I(—3;0;4) va di qua diém A(—3;0;0) c6 phuong trinh 13
B (z—3)2+y* + (2 +4)? = 4. B)(z—3)2 —y? + ( + 4)* = 16.
(©)(z+3)2+ 12+ (2 —4)2 = 16. D) (z+3)2+y2+ (2 —4)% =4

Cadu 7. Trong khong gian vé6i hé toa do Ozyz, cho mat cau (S) di qua hai diem A(1;1;2), B(3;0;1) va c6 tam
nam tréen truc Oz. Phuong trinh mat cau (S) 1a

@(3371)2+y2+22:\/5. ($+1)2+y2+22:5.
©(x—1)"+y?+22 =5 @) (z+1)"+y? +22 = V5.

Cau 8. Trong khong gian véi he truc toa do Oxyz, cho ba diém A(1;0;0), C(0;0;3), B(0;2;0). Tap hop cac diém
M théa man M A% = M B? + MC? la mat cau c6 ban kinh 1a

AR =2. B)R=12. (©R=3. DR = 3.

Cau 9. Cho A, B la céc bién ¢6 ctia mot phép thit T'. Biét ring P(B) > 0, xac suat ctia bién ¢6 A véi dieu kien
bién c6 B da x4y ra dugc tinh theo cong thitc nao sau day?

P(A) P(A)
P(AIB) = 5 /5- P(A|B)
(B)P(4[B) g | P(Afifm
P(A|B) = P(A|B) = 57
© P(B) A )
Cau 10. Cho hai bién ¢6 A va B ¢6 P(A) = 0,8; P(B) = 0,5 va P(AB) = 0,2. X4c suat cia bién cd A vé6i diéu
kien B 1a
(R)0,4. B)0,5. (©)0,25. (D)0,625.
Cau 11. Cho hai bién ¢6 A, B v6i P(B) = 0,6; P(A|B) = 0,7 va P (A|B) = 0,4. Khi do, P(A) béng
@®)o0,7. (B)0,4. (©)0,58. (D)0,52.
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JE). On tap hoc ky 2 - Dé sb 2 Khi thainh céng ban néi gi cing ding

y / J J

Cau 12. Cho sd do hinh cay nhu hinh bén. Biét P(A) = 0,72. Khi d6 P(A | B)
bang

9 16 9 3
i ®) 5 ©55 16

B3 cau trdc nghiém diing sai
Cau 13. Trong khong gian Ozyz, cho hai duong théng

r—1 y+2 =2-4

z+l oy z+2
-2 1 3 N '

All

Xét cac vée-to U1 = (—2;1;3) va Uy = (1;—1; 3).
a) A di qua diém M(1;—2;4) va c¢6 @1 1a mot véc-to chi phuong.
b) Ay di qua diém N(—1;0; —2) va ¢6 @o 1d mot véc-td chi phuong.
c) [T1, Ta] = (—6;-3; -1).
d) Hai duong thang A; va Ap cit nhau.

Cau 14. Trong khong gian Oxyz, cho hai mat phing (P): 2z + y + 52 — 3 = 0 va
(Q): 3z —y+ 2 — 2025 = 0. Xét cac vée-to 1 = (2;1;5) va me = (3; —1;1).

a) Mait phang (P) di qua diém M (0;3;0) va c6 71 13 mot véc-td phap tuyén.

b) Mat phing (Q) di qua diém N(0;0; —2025) va c6 72 14 mot véc-ta phap tuyén.

C) ﬁl . ﬁ)g =1.

d) Géc gitta hai mat phang (P) va (Q) bing 30°.
Cau 15. Trong khong gian Oxyz, cho mit cau (S): (x —1)2 + (y — 2)2 + (2 — 3)2 = 1 va diém A(2;3;4). Goi M
la diém thuoc (S) sao cho duong thing AM tiép xtc véi (S).

a) Tam mit cau (9) 1a I(1;2;3).

b) Diém A ndm trén mit cau (9).

c) Mait phing (P): x+y+2z—5 = 0 cit mit cau (S) theo giao tuyén la mot dudng tron c6 ban kinh bing i

V3

d) M thudc mit phang c6 phuong trinh la z +y + 2z — 7 = 0.
Cau 16. Cho hai bién ¢6 A va B ¢6 P(B) = 0,85; P(A|B) = 0,7 va P(A|B) = 0,5.

_ 11 _
a) P(B) =0,25. b) P(A) = 0,67. c) P(B|A) = ﬁi d) P(A)=0,3
Céu trdc nghiém tré 16i ngdn
r=4+2t
Cadu 17. Cho duong thing A c6 phuong trinh A: { y = 2 — 3t . Mt phing (P) di qua diém M (2; —3;1) va chita
z=3+t
A ¢6 phuong trinh —11z2 + by +cz+d =0. Tinh b+ c+ d. KQ:
=1t

Cau 18. Trong khong gian v6i hé toa do Oxyz, cho duong thang di: {y=1—2t(t € R) va duong thang
z= -3t

1 1 .
dy: =Y = Z‘g . Tinh goc gifta hai duong thing dy, do. KQ:
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J Phdn 8. ON TAP THI HOC Ki Khi thainh céng ban néi gi cing ding

Cau 19. Trong khong gian Ozyz, cho diém A(5; —1;3) va mit cau (S) ¢6 phuong trinh (z — 1)+ (y+1)2+22 = 9.

Goi I 1a tam mat cau (S). Tinh do dai T A. KQ:
~ . . .2 8 -2 -1
Cau 20. Trong khong gian véi hé truc toa do Ozxyz, cho diem I(2;—1;1) va duong thang d: mT = yT =
1 X 2 2 2
: +1 . Mit cau (S) tam I, ban kinh R cit dudng thing d tai hai diém A, B sao cho AIAB vuong tai I. Tinh R2.
KQ:

Cau 21. C6 hai chuong thé. Chuong I ¢6 5 con thé den va 10 con théd trang. Chuong II ¢6 7 con thé den va 3
con tho trang. Trudc tieén, tit chuong I 14y ra ngiu nhién 1 con thé rdi cho vao chudng I. Sau d6, tit chuong I 1ay
ra ngau nhién 1 con thé. Tinh xac suat dé con thé duge lay ra la con thé trang. (Lam tron dén hang phan tram)

KQ:

Cau22. § mot khu ritng no c¢6 7 chii lun, trong dé c¢6 4 chi ludn néi that, 3 chii con lai néi that véi xac suat
0,5. Ban Tuyét gap ngau nhién mot cha lin. Goi A 1a bién ¢d “Chu lun d6 luon néi that” va B 1a bién c¢d “Chu
lin d6 ty nhan minh luoén néi that”. Biét ring chd lin ma ban Tuyét gap ty nhan minh 13 ngudi ludn néi that.
Tinh x4c suit dé chi lim d6 luon néi that. (Lam tron hai chit s6 thap phan) KQ:
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