CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

PHUONG PHAP TOA PO
TRONG MAT PHANG

IX

CHUONG |

BAI 1: TQA PO CUA VECTO

@ LY THUYET.

1. TOA PQ CUA VECTO POI VOI MOT HE TRUC TQA PQ
Truc toa do
e Truc toa do (hay goi tat 1a truc) 1a mot duong théng trén do6 da xac dinh mot diém O goi la
diém géc va mot vecto don vi i
e Diém O goi la géc toa do.
e Hudng cua vecto don vi 1a hudng cua tryc.
e Taki higu truc d6 Ia (0;i).

O M
>

Cho M 1a mot diém tuy ¥ trén truc (O;) Khi d6 ¢6 duy nhat mét sé & sao cho OM = X, i
Ta goi ) X, do la toa do cua diém M ddi véi truc da cho.
Cho hai diém 4 va B trén truc (O;) Khi d6 ¢6 duy nhit sb a sao cho 4B =ai. Tagoisd a la
do dai dai s6 ctia vecto AB dbi véi truc da cho va ki hidu a = AB.
Nhén xét.
e Néu AB cung huéng véi i thi 4B = AB, connéu 4B nguoc huéng v6i i thi AB=—AB.
e Néu hai diém 4 va B trén truc (0;) c6 toa dd 1an luot 1a @ va b thi AB=b—a.

H¢ toa do
Pinh nghia. Hé truc toa do (ij) g6m hai truc (O;f) va (0]) vudng goc v6i nhau.
biém géc O chung cua hai truc goi la géc toa do. Truc (O;f) duoc goi la truc hoanh va ki
hiéu 1a Ox, truc (0]) duoc goi la tryc tung va ki hiéu l1a 0y. Cac vecto 7 va j la cac vecto
don vi trén 0xva oy va |f| = |]| =1. He truc toa do (0?]) con duoc ki hiéu 1a Oxy.

Ay

X

< ul >
0 1

Q |~

~

Mat ph'fmg ma trén do da cho mét h¢ truc toa do Oxy con dugc goi la mat phéng toa d§ Oxy
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Hay goi tat 1a mat phiang Oxy.

Toa d¢ vecto
Trong mit phang Oxy cho mét vecto ii tily y. V& OA=ii va g0i A, 4, 1an luogt 13 hinh chiéu
ciia vudng goc cia 4 1én Ox va Oy. Taco OA = OA4, + OA, va cip sb duy nhat (x;y) dé
OA =xi,04,=yj. Nhuvay d=x7 +y].
Cap s (x;») duy nhat d6 duoc goi 1a toa do ctia vecto # ddi véi hé toa dd oxy va viét

ii =(x; y)hodc ii(x;y). SO thir nhat x goi la hoanh d¢, so thir hai y goi 1a tung do cia vecto

u. Nhu vay
i=(x;y)oi=xi+y] i

Nhan xét. Ttr dinh nghia toa do cua vecto, ta théy hai vecto bﬁng ALl __ A
nhau khi va chi khi chiing c6 hoanh d6 bang nhau va tung d bang A I
nhau. i > u i

, — _ =x' o|i 4
Néwii=(x;p) vau'=(x;)) thi| ii=u < {x x,.

y=y

Nhu vy, mdi vecto dugc hoan toan xac dinh khi biét toa do cua né.

Toa dj ciia mdt diém
Trong mit phing toa @ Oxy cho mot diém M tuy y. Toa do cua vecto OM déi véi hé truc
Oxy duoc goi la toa do cua diém M ddi véi hé truc do.
Nhu vay, cip s6 (x;») 1a toa do clia diém M khi va chi khi OM = (x;y). Khido ta viét
M =(x; y)hodc M (x;y). S6 x dugc goi 1a hoanh do, con s6 y duoc goi 1a tung d6 cua
diém M. Hoanh do cta diém M con duge ki hiéu la X,,, tung do cua diém M con duoc ki

hidula y,,.

M=(x,'y)<:>O—M=xf+yj va d6 dai cia OM 1a |O—M|:«/x2+y2

Ml M (x;y)

1
1
1
|

A l

N |

>
o7 M,

Cha y rang, néu MM, 1 Ox, MM, 1. Oy thi x=0M,, y=0M,.

2. BIEU THUC TQA PQ CUA PHEP TOAN VECTO
Cho u = (x;y) ;v = (x';»") vasb thuc k. Khidé taco :
1) ;i;:(xix’;yj:y’)
2) ka = (fox; ky)
3) uv = xx' + y.y'

Page 2



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

/
X=X

@EZG@{ ,
y=y

I _

5 5 5 o , x = kx
5) v cung phuong u (u = 0) khi va chi khi c6 s0 k£ sao cho { 'k
y =

3. AP DUNG CUA TQA PQ VECTO
Lién hé giira toa d cia diém va toa dd ciia vecto trong miit phing
Cho A(x,;y,), B(xp;yp) thi AB = (xz — x5 —V4)
Toa dd trung diém ciia doan thing
Cho doan théng AB co A (xA;yA ),B(xB;yB ) Ta dé dang chiing minh dugc toa dg trung diém
I(x;;y,) clia doan thing 4B 1a

_ X X VitV
xl— 2 s V= 2 .

Toa do trong tAm ctia tam gidc
Cho tam giac 4BC ¢6 A(x,;y,), B(xy, ;). C(xc, v ). Khi do toa do cua trong tim

G (x4, ¥ )cla tam gidc 4BC duoc tinh theo cong thuc

_ X XX Vit Vet Y
xG——3 , G——3 )

Ung dung biéu thirc toa dd ciia cac phép toan vecto

Trén mit phing toa do Oxy, cho hai vecto a=(a;a,), b=(b;b,) va hai diém
A(x,52,),B(x555)-Ta co:
1) albeab=0s ab +ab, =0

2) a,b cing phuong < ab, —a,b, =0
3) |Ez| =\Ja} +a;

4) AB:‘E‘:\/(xB—xA)Z—F(yB—yA)

2

ab _ a,b, +a,b,
Zz|.|l3| Jai +a Ab? +b?

@ Vi DU MINH HQA.

Cdu 1. Trén truc (O;f) cho cac diém 4, B, C lan lugt cotoa dd 1; —2; 3.

5) cos(Zz;l;):| (a=(a;a,) va b=(b;b,) déukhac 0)

Tinh do dai dai sb cua céc vecto 4B ; BC. T dé suy ra hai vecto 4B ; BC nguoc hudng?
Loi gidi

Taco AB=-2-1=-3, BC=3—-(-2)=5.Do d6 vecto AB nguoc hudng véi vecto i va

vecto BC cung hudng voi vecto 7 .

Céu 2. Trong mit phing toa dd Oxy,cho G=2i, b=-3], ¢ =3 —4; .
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a) Tim toa d6 cua cac vecto a, l;, c, =3d-2b.
b) Phan tich vecto ¢ theo hai vecto a, b.
Loi gidgi
a) Taco a=(2;0), Z;:(O;—3), ¢=(3;—-4).
Khi d6 3d =(6;0), —2b =(0;6) nén i =3G-2b=(6+0;0+6)=(6;6).
b) Ta c6 hai vecto @, b khong cung phuong.

Theo yéu cau cua d¢ bai ta can tim by s6 x, y thoa man ¢ = xa + yb

2x+0=3 =

Suyra x(2;0)+y(0;-3)=(3;-4) <:>{()_3,y:—4 <

y:

[SS [NG (S )

3 4
“3
Cdu 3. Trong mat phéng toa do Oxy, cho A(2;1) , B(—l;—2) , C(—3;2) .
a) Tim toa do trung diém ctia doan thang AC .
b) Ching minh ba diém 4, B, C tao thanh mot tam gic.
¢) Tim toa dd trong tdm tam giac ABC.

Vay ta viét duoc ¢ = b.

Loi gidgi
a) Goi M latrung diém AC thi M(% %) hay M(?l %)

b) Tinh dugc AB = (-3;-3), AC =(-5;1) dan dén hai vecto d6 khong cing phuong. Noi cach
khac ba diém 4, B, C tao thanh mot tam giac.

¢) Goi G la trong tdm tam giac ABC thi G(z_;_3;l_§+2j hay G(—% %}

Cau 4. Trong mit phang toa do Oxy, cho 4(2;1), B(-1;-2), C(-3;2).

a) Tim toa d6 diém E sao cho C 1a trung diém cua doan thing EB.
b) Xac dinh toa do diém D sao cho t&r giac ABCD 1a hinh binh hanh.
Loi gidgi
\ .2 , 2 A | 2Xe =X+ X Xy ==5
a) Do C la trung diém cua doan thang EB nén = .
2Yc =yt Yy =06
Vay E(-5;6).
b) Goi D(x,;¥,) = DC=(-3-x,3;2-y,).
4 . \ \ \ \ A T —_ _3 - XD == _3 X = O
Do tir giac ABCD 1a hinh binh hanh nén 4B = DC < < .
2-y,=-3 y=5
Tathdy A, B, C, D khong thiang hang. Vay D(O;S) la dap an bai toan.
Céu 5. Trong mit phang Oxy, cho cac diém A(1;3), B(4;0) . Tim toa o diém M théa 3AM + AB=07?
Loi gidgi
Gia su M(xM;yM) suy ra AM :(xM -1y, —3) va AB =(3;—3).
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3 -1)+3=0 _
(3 =1) PN xM_O:>M(O;4).
3(y, —3)-3=0

TacO: 34AM + AB=0 <
yM:4

Ciu 6. Trong mit phang toa 46 Oxy, cho hinh binh hanh ABCD c6 4(3;4), C(8;1). Goi M 1 trung
diém cua canh BC, N 1a giao diém cua BD va AM . Xéc dinh cac dinh con lai cta hinh binh
. 13
hanh ABCD, biét N(?;Zj.

Loi gidi

Do [ 1a tim ctia hinh binh hanh 4BCD, ta c6 [ 1a trung diém cua doan thing AC nén

(23
22

Xét tam gidc ABC thi BI, AM 14 hai duong trung tuyén nén N i trong tdm tam giac ABC .

13 3+x,+8
P27 s
Dodo d 3 3 ol , Vay B(2;1).
2_4+yB+1 vy =1
3

Goi D(xD;yD).Do [ trung diém cia BD nén 2+ :11<:> Xp =9 nén D(9;4).
I+y,=5 yp=4

Vay B(2;1), D(9;4).

<‘> BAI TAP.

Cau 1. Trong mit phing toa dd Oxy , cho cac diem M (1;3),N(4;2) .
a) Tinh d§ dai cua cac doan théng OM , ON, MN .
b) Ching minh rang tam giac OMN vudng cén.
Cau 2. Trong mit phing toa @6 Oxy, cho cac vecto a =3i—2,b= (4;—1)va cac diém
M (-3;6),N(3;-3)
a) Tim mdi lién hé giira cac vecto MN va 2a-b.
b) Cac diém O, M, N c6 thang hang hay khong?
¢) Tim diém P(x;y)dé OMNP 1a mot hinh binh hanh.
Céu 3. Trong mit phing toa dd Oxy, cho cac diém A(1;3),B(2;4),C(-3;2).
a) Hay chimg minh rang A4, B,C la ba dinh ctia mot tam giéc.
b) Tim toa d6 trung diém M cua doan thing AB .

¢) Tim toa do trong tdim G cua tam giac ABC.
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d) Tim diém D(x;y) @& O(0;0)1a trong tdm ctia tam giac ABD .
Cau 4. Su chuyén dong ctia mot tau thuy dugc thé hién trén mot mat phéng toa dd nhu sau: Tau khoi
hanh tir vi tri A4(1;2) chuyén dong thang déu v6i van tc (tinh theo gioy) duoc biéu thi boi vecto
v=(3;4). X4c dinh vi trf clia tau (trén mdt phang toa d9) tai thoi diém sau khi khéi hanh 1,5
gio.

Cau 5. Trong Hinh 4.38, quan ma dang ¢ vi tri ¢6 toa do (1; 2) . Hé1 sau mét nudce di, quan ma co thé dén

nhiing vi tri nao?

Ban c6 thé tim hidu dé biét
quy tac di cia quan ma.

@ HE THONG BAI TAP.

DANG 1: TiIM TOA PQ PIEM, TQA PQ VECTO TREN MAT PHANG Oxy

<0> BAI TAP TU LUAN.

Caul1l: Trong mat phéng toa do Oxy. Cho diém M (x,' y). Tim toa do cua cac diém M | dbi xung voi
M qua truc hoanh?

Cau2: Trong khong gian Oxy, cho hai diém A(I;Z) , B (—2;3) . Tim toa do cta vecto AB ?

Cau3: Vecto a= (—4; 0) duoc phan tich theo hai vecto don vi (f; }) nhu thé nao?

Cau4: Trong hé truc toa dd Oxy, cho hinh vuong ABCD tam I va c6 A(1;3) . Biét diém B thudc truc
Ox va BC cung huéng véi i . Tim toa dd cac vecto AC?

Cau5: Trong mit phang toa dd Oxy. Cho hinh thoi 4BCD canh a va BAD = 60°. Biét A tring voi

gbctoadd O; C thude truc Ox va X3 20,y, 20 Tim toa d6 cac dinh B va C cua hinh thoi
ABCD.

<0> BAI TAP TRAC NGHIEM.

Cau 1: Trong mit phang toa dd Oxy, toa dd 7 1a
A. i=(0;0). B. i=(0;1). C. i=(1;0). D.i=(11).

Cau 2: Trong hé toa dd Oxy, cho A(S; 2), B(IO; 8) Tim toa d0 cua vecto 4B ?
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Cau 3:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 10:

Cau 11:

A. (15; 10). B. (2; 4). C. (5 6). D. (50; 16).

(10;8). Toa d6 vecto 4B la:

A. AB(15;10). B. AB(2;4). C. 4B(5;10). D. 4B(50;16).

Trong mit phing Oxy cho A= (5; —2),B

Trong mit phang toa dd Oxy cho hai diém A(l;4) va B (3;5). Khi do:

A. AB=(-2;-1).  B. BA=(12). C. AB=(2;1). D. 4B=(49).

Trong mit phing toa d6 Oxy cho A(5;3), B (7;8) . Tim toa do cua vécto 4B

A. (1510). B. (2;5). C. (2;6). D. (—2;-5).

Trong hé toa d0 Oxy, cho tam giac ABC cb B(9; 7), C(l I —1) .Goi M, N lan luot 13 trung
diém cia 4B, AC. Tim toa do vecto MN ?

A. (2, -8). B. (I, —4). C. (10; 6). D. (5 3).

Trong hé toa dd Oxy, cho hinh vudéng ABCD c6 gbc O lam tam hinh vudng va cac canh ciia
nd song song voi cac truc toa dg. Khang dinh nao ding?

A. ‘O—A + 073" = AB. B. OA- @, DC cung hudng.

C. Xy ==X V=DV D. Xp ==Xc, Vg ="V

Trong hé toa dd Oxy, cho M (3; —4) Goi M,,M, 1an luot 12 hinh chiéu vuong goc cia M trén
Ox,Oy. Khéng dinh nao dung?

A. OM, =-3. B. OM, =4.

C. OM,-OM, =(-3; —4). D. OM, +0M, =(3; —4).

Trong hé toa @ Owxy, cho hinh binh hanh OA4BC, C e Ox. Khang dinh nio sau day ding?
A. 4B c6 tung do khac O. B. 4, B c6 tung do khic nhau.

C. C c6 hoanh do khac 0. D. X, +x.—x,=0.

Trong hé truc toa do (0},}'), cho tam giac déu ABC canh @, biét O 1a trung diém BC, i

cung huéng véi OC, | cung huéng OA . Tim toa do cua cac dinh cta tam giac ABC .Goi X,

Xz, Xc lan luot 1a hoanh d6 cac diém A, B, C . Gié tri clia biéu thire X, + X, + X, bang:

a

D. _¢

3
A. 0. B C. .
2 2

a
2
Trong hé truc toa do (0},}'), cho tam giac déu 4BC canh 4, biét O 1a trung diém BC i

cung hudng voi ocC J cung huéng OA . Tim toa d6 tAm dudng tron ngoai tiép tam giac

ABC.

A. G(o%} B. G(o¥} c. G[éoJ D. G(“f o)
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Cau 12: Trong hé tryc toa do (0?}) , cho hinh thoi ABCD tam O ¢c6 AC =8, BD =6 . Biét OC va i

cung hudéng, OB va } cung huéng. Tinh toa d trong tam tam gidc ABC

A. G(0:1). B. G(-1,0). C. (1;0) D. (O;EJ.

2 2
DANG 2: XAC PINH TQA PQ PIEM, VECTO LIEN QUAN PEN BIEU THUC DANG

u+v,u—v, ku

<0> BAI TAP TU LUAN.

Cau 1:  Trong khong gian Oxy, cho hai vecto 5(1;3) , 5(3;— 4). Tim toa do vecto a — 5 ?

Cau2: Cho a= (x;2),l; = (—5;1),2 = (x;7) . Tim ¥ dé Vec to ¢ =2a+3b

Cau3: Cho haidiém 4(1;0) va B(0;-2).Toa do diém D sao cho 4D =-34B la:

Cau4: Trong mit phang Oxy, cho cac diém A(l;3),B(4;0). Toa d6 diém M thoa 340 + AB=0 la

Cau5: Trong mit phiang Oxy, cho cac diém A(—3;3),B(1;4),C(2; —5). Toa d6 diém M thoa mén
2MA—BC =4CM la:

<0> BAI TAP TRAC NGHIEM.

Caul: Cho a=(-1 2), b=(5 -7) Tim toa do cia a—b.

A. (6, -9) B. (4, -5) C. (-6, 9) D. (-5 —14).
Cau2: Cho a=(3; —4), b=(~1; 2) Tim toa do cua a+b.

A. (—4; 6) B. (2; -2) C. (4 -6) D. (-3; -8)
Ciu3: Trong hé truc toa dd (0: ;) toa do i+] la:

A. (0; 1). B. (I; -1) C. (-1 1) D. (1; 1)
Ciu4: Trong mit phing Oxy cho d=(-1;3), b =(5;~7). Toa do vecto 3a—2b la:

A. (6;-19). B. (13;-29). C. (-6;10). D. (-13;23).
Cau5:  Trong mat phing toa dd Oxy, cho a=(1;2),6=(3;4). Toa dé ¢ =4a—5 1a

A.c=(-1;-4). B.c=(41). C.c=(1;4). D. c=(-14).
Cau 6:  Trong mit phing toa d Oxy,cho a=(2;1),b=(3;-2) va & =2a+35 . Toa do cua vecto ¢ 1a

A. (13;-4). B. (13;4). C. (-13;4). D. (-13;-4).
Cau7: Cho a(2;7), b(=3;5). Toa dd cua vécto & —5 Ia.

A. (52). B. (-1;2). C. (-5-2). D. (5-2).

Cau8: Cho a(3;-4), 5(—1;2). Toa do cua vécto a+2b la
A. (-4:6). B. (4-6). C. (L0). D. (0;1).
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- -

Cau9: Trong hé truc (0},}') ,toaddcua i—j Ia

A. (0;1). B. (L1). C. (L-1). D. (-L1).
Cau10: Cho d=(1;2) va b =(3;4) voi ¢ =4a—b thitoado cla ¢ la:

A. c=(-1;4). B. c=(4;-1). C. c=(1;4). D. c=(-1-4).
Caull: Cho d=(1;5), b=(~2;1). Tinh ¢ =3dG+2b .

A. ¢=(7;13). B. ¢=(1;17). C.c=(-117). .=(1;16).

- -

Cau12: Cho a=2i-3j va b=—i+2j . Tim toadd cia c=d—b.
=(1;-1). B. c=(3;-5). C. c=(-3;5). D.c=(2;7).

-

Cau 13: Cho hai vecto a = (1;—4) ; b= ( -6;1 ) Tim toa do vecto u biét u + a b
A. (7;19). B. (-7;19). C. (7;-19). D. (-7;-19).

- -

Cau 14: Tim toa do vecto U biét u+b= 0, b=(2;-3).
A. (2;—3). B. (—2;—3). C. (—2;3). D. (2;3).

Cau 15: Trong hé toa d0 Oxy, cho A(Z; 5), B(l; 1), C(S; 3). Tim toa d6 diém E sao cho
AE =34AB—-2A4C

A. (3; -3). B. (-3; 3). C. (-3; -3). D. (-2, -3).
Chu16: Cho a= (2 —4) ( ) Tim toa d6 cla u =2a—b
Acu=(7; =7). B. u=(9; -11) C.u=(% -5). D. u=(-15).

Cau 17: Cho 3 diém A(—4;0), B(-5;0), C(3;0). Tim diém M trén truc Ox sao cho
MA+MB+MC =0.
A. (-2:0). B. (2;0). C. (-40). D. (-5;0).

Cau 18: Trong hé truc (O,f,}') cho 2 vecto a = (3:2), b =—i+5j.Ménh dé nao sau day sai?
A.a=3i+2j. B. h=(-1;5). C.a+b=(2;7). D.a-b=(2;-3).

Cau19: Cho u=2i-3j, v==5i—.Goi (X;Y) latoadd cia w=2u—3v thitich XY bing:

A. -57. B. 57. C. -63. D. 63.
DANG 3: XAC PINH TQA PQ CAC PIEM CUA MOQT HINH

<0> BAI TAP TU LUAN.

Caul: Trong hé toa do Oxy,cho tam gidc 4Bc c6 A4(3:5), B(1;2), C(5:2). Tim toa d¢ trong tim G
cua tam gidc 4BC?
Cau2: Trong hé toa do Oxy,cho tam gidc ABC c6 A(-2;2), B(3;5) va trong tam 1a gbc toa do
0(0;0). Tim toa d¢ dinh C?
Cau3: Cho M (2;0),N(2;2),P(~13) lan luot la trung diém céc canh BC,CA, AB ciua AABC . Toa do
B la:
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Cau 4:

Cau 5:

Cau 6:

Trong mit phing toa do Oxy, cho tam gidc MNP c6 M(l;—l),N(S;—3) va P thudc truc Oy,

trong tdm G cua tam giac nam trén truc Ox .Toa dd cua diém P la
Cho tam gidc ABCv6i AB=5 va AC =1. Tinh toa d6 diém D 1a ctia chan duong phan giac

trong goc A, biét B(7,-2),C(1;4).
Trong mit phing toa dd Oxy cho A(3;-1), B(-1;2) va I(1;-1). X4c dinh toa d¢ cac diém C,

D sao cho tir giac ABCD 14 hinh binh hanh biét 7 1a trong tim tam giac ABC . Tim toa tim O
cta hinh binh hanh ABCD.

<0> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cho 4(4;0), B(2;-3), C(9; 6). Toadd trong tim G cia tam gidc ABC la:

A. (3;5). B. (5 1). C. (159). D. (9;15).

Trong hé toa do Oxy, cho tam giac ABC c6 A(3; 5), B(1; 2), C(5; 2). Tim toa do trong tdm
G cuatam giac ABC?

A. (-3; 4). B. (4, 0). C. (v2; 3). D. (3; 3).
Trong hé toa d0 Oxy, cho A(2; —3), B(4; 7). Tim toa do trung diém / cta doan thing AB
A. (6; 4). B. (2; 10). C. (3 2). D. (8; —21).

Trong mit phang Oxy cho tam gidc ABC c¢6 A=(3;5),B=(1;2),C=(5;2). Trong tdm G cua
tam gidc ABC c6 toa dg la:

A. (-3;4). B. (4,0). C. (v2:3). D. (3;3).

Trong mit phing toa dd Oxy, cho tam giac ABC c6 toa d¢ ba dinh lan lugt la 4(2; 3),
B(5;4), C(-1;—1). Toa do trong tAm G cua tam giac c6 toa do la:

A. (3 3). B. (2; 2). C. (L 1). D. (4; 4).

Cho tam gidc ABC c6 toa do ba dinh 1an luot 1a A(2;3) , B(5;4) , C(2;2). Toa d¢ trong tdm

G cuatam giac co toa do la

A. (3:3) B. (2;2) C. (11) D. (4:4).

Cho hai diém B(3;2),C(5;4) . Toa d¢ trung diém M cua BC la

A M =(-83). B. M (4;3). C. M(2;2). D. M =(2;-2).
Trong mat phéng toa d0 Oxy Oxy, cho ba diémA(S;_z) , B(0;3) , C(_S;_l). Khi d6 trong
tam AABC la:

A. G(O;ll). B. G(l;—l). C. G(IO;O). D. G(O;O).

Trong mit phang toa dd Oxy cho 4(2;-3), B(4;7). Toa dd trung diém / cua doan thing 4B
la:

A. 1(6;4) B. 1(2;10). C. I1(3;2). D. /(8-21).
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

A(3;5)’ B(1;2) Vi C(2;0)

Trong mit phang toa do Oxy cho . Tim toa d¢ trong tdm G cua

tam giac ABC
A. G(3,7). B. G(6;3). C. G(—3,%j D. G(Z;%).

Trong mat phéng toa d0 Oxy cho 4 (3;5) , B (1; 2) . Tim toa d¢ trung diém I cua doan théng
AB.

A I(47). B. 1(-2;3). C. 1(2;%). D. I[—Z;%).

Cho tam gidc ABC voéi A(—3;6);B(9;—10) va G(%;Oj la trong tam. Toa d§ C 1a:

A. C(5:-4). B. C(5:4). C. C(-5:4). D. C(-5:-4).

Trong mit phang Oxy cho A(4;2),B(1;—5). Tim trong tim G clia tam gidc OAB.

A. G(é;—lj. B. G(E;z). C. G(1;3). D. G(i;l].
3 3 33

Trong h¢ toa o Oxy, cho tam giac ABC c6 A(-2; 2), B(3; 5) va trong tdm la gbc O. Tim
toa do dinh C?

A. (-1 =7). B. (2, -2). C. (-3; -5). D. (1, 7).

Trong hé toa d0 Oxy, cho tam gidc ABC co A(6; 1), B(—3; 5) va trong tam G(—l; 1). Tim
toa do dinh C?

A. (6; -3). B. (-6; 3). C. (-6; -3). D. (-3; 6).

Trong hé toa 49 Oxy, cho tam giac ABC c6 M (2; 3), N(0; —4), P(=1; 6) lan luot la trung
diém cuia cac canh BC,CA, AB . Tim toa d6 dinh 4 ?

A. (1; 5). B. (-3; -1). C. (-2 -7). D. (I, —10).

Trong hé toa d Oxy, cho ba diém A(L; 1), B(3; 2), C(6; 5). Tim toa do diém D dé ABCD
1a hinh binh hanh.

A. (4 3). B. (3; 4). C. (4 4). D. (8; 6).

Trong hé toadd Oxy, chobadiém 4(2; 1), B(0; —3), C(3; 1). Timtoad diém D dé ABCD
1a hinh binh hanh.

A. (5 5). B. (5 -2). C. (5 —-4). D. (-1; —4).

Trong mit phiang Oxy cho 3 diém A=(-1;3),B=(2;0),C=(6;2). Tim toa do D sao cho
ABCD 1a hinh binh hanh.

A. (9-1). B. (3;5). C. (5:3). D. (-1;9).

Cho hinh binh hanh 4BCD . Biét 4(B1), B(=12) C(01) 146 iém D 1a:

A. (2;0). B. (-2;0) C. (-22). D. (2;-2)
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Cau 21:

Cau 22:

Cau 23:

Cho tam giac. 4BC . Goi M , N, P 1an luot 1a trung diém BC,CA | 4B . Biét 4(1;3),B(-3;3),

C(8;0). Gid tri cia x,, +x, +x, bang:

A. 2. B. 3. C. 1. D. 6.
Cho hinh binh hanh 4BCD ¢6 A(‘Z;O); B (0;‘1), C(44). Toa dd dinh D la:

A. D(2;3). B. D(6;3). C. D(6;5) D. D(25).

Cho tam gide ABC vei A(56) B(=4-1) (s C(43) 10 b & 4BCD 12 hinh binh
hanh:

A. D(3;10). B. D(3;-10). C. D(-3;10). D. D(-3;-10).

DANG 4: BAI TOAN LIEN QUAN PEN SU CUNG PHUONG CUA HAI VECTO. PHAN
TICH MOT VECTO QUA HAI VECTO KHONG CUNG PHUONG

<0> BAI TAP TU LUAN.

Cau 1:
Cau 2:
Cau 3:

Cau 4:

Cau 5:

Cho 4(1;2),B(-2;6). Tim tao do diém M trén truc Oy sao cho ba diém 4, B, M thing hang.
Cho cac vecto a = (4; —2),13 = (—1;—1),2 =(2;5). Phén tich vecto 5 theo hai vecto @ va ¢.
Trong mit phang Oxy, cho A(m —1;—1),B(2;2 —2m),C(m + 3;3) .Tim gia tri M dé 4,B,C la
ba diém thang hang?

Trong mat phéng toa d Oxy, cho ba diém A(6;3), B(—3;6), C(1;-2). Xac dinh diém E trén
truc hoanh sao cho ba diém 4, B, £ thang hang.

Trong mit phang toa dd Oxy cho 4 diém A(O,‘l), B(l;3), C(2,'7) va D(O; 3) . Tim giao diém
ctia 2 dudng thang AC va BD.

<0> BAI TAP TRAC NGHIEM.

Cau 1:

Cho =27 — 3] l;:mj+f_Neuc7

@‘l

cung phuong thi:
A. m=-6. B. m=6. C.m:—%. D.m=—.

Hai vecto nao co toa do sau day la cung phuong?

A. (1; 0)va(0; 1). B. (2; 1) va (2;-1). C.(-L0)va(1;0).  D.(3;-2) va(6; 4).
Trong hé toa d Oxy, cho tam gidc ABC c6 A(1; 1), B(-2; —2), C(~7; —7). Khang dinh
nao sau day dung?

A. G(2; 2) 1a trong tam tam giac ABC. B. B ¢ giita hai diém 4 va C.

C. 4 ¢ giita hai diém B va C. D. 4B, AC cing hudng.
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Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Trong hé toa do Oxy, cho A(-1; 5), B(5; 5), C(-1; 11). Khing dinh nao sau day dung?
A. 4, B, C thing hang. B. AB, AC cing phuong.

C. 4B, AC khong cung phuong. D. 4B, AC cung huéng.

Trong hé toa 0 Oxy, cho bén diém A(3; -2), B(7; 1), C(0; 1), D(-8; —5). Khang dinh
nao sau day dung?

A. E, CD 14 hai vecto dbi nhau. B. E, CD nguoc huong.

C. 4B, CD cung hudng. D. 4, B, C, D thiang hang.

Cho u=(3; -2), v=(1; 6). Chon khing dinh dting?

A u+v va &:(—4; 4) nguoc hudng. B. u, v cung phuong.
C.u-vvac=ka+hb cung hudng. D. 2u+v, v cing phuong.

Khang dinh nao sau day la dung?

A. Zz=(—5; 0), l;:(—4; 0) cung hudng. B E=(7 3) 1a vecto di cua d= (-7; 3).
C. z;=(4; 2), ;=(8; 3) cung phuong. D. 21:(6; 3), b=(2; 1) nguoc hudng.
Céc diém va cac vecto sau ddy cho trong hé truc (O ]) (gia thiét m, n, p ,q 1a nhiing 6
thue khac 0). Ménh dé nao sau ddy sai?
A.a=(m;0)=dlli. B.b=(0;n) b/ ).
C.Dbiém A(n; p)ex'Ox < n=0. D. 4(0; p),B(q; p) thi AB//x'Ox.
Hai vecto nao sau day khong cung phuong:

=(3;5) va b= (—é ;—gj. B. ¢ va 4c.
C.i=(1;0) va m= (—5 oj D. m=(—3;0) va n=(0;-3).
Cho u=(2x~1;3), v=(1; x+2). C6 hai gia tri x,, x, clia x dé u clng phuong véi v. Tinh
Xp.X, .
NS ) . 3. b

Trong mit phang Oxy, cho ba vecto a= (1 2),[3 = (—3;1),2 =(-4;2). Biét u=3a+2b+4c.
Chon khang dinh ding.

A. U cung phuong voi i. B. u khong cung phuong véi i.
C.u cung phuong voi } . D. u vudng goc vai i.
Cho bdn diém A(Z;S) , B(l;7), C(I;S) , D(0;9) . Ba diém nao sau ddy thang hang:

A. 4.B.C. B. A.C.D. C. B.C.D. D. 4.B.D.
Trong hé toa d0 Oxy, cho 4 diém 4(3;0),B(4;-3),C(8;-1),D(-2;1). Ba diém nao trong bén
diém da cho thang hang ?

A. B, C,D. B. 4, B, C. C. 4, B, D. D. 4, C, D.

Trong mit phiang Oxy cho A(—2m;—m),B(2m;m). V6i gia tri ndo ciia m thi duong thang AB
diquaO?

A.m=3. B. m=5. C. VmeR.. D. Khong c6 m .
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Ciu 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cho 2 diém A(-2;-3),B(4;7). Tim diém M e y'Oy thang hang véi 4 va B.

A. MG;oj. B. MG;O). C. M(1,0). D. M(—%;Oj.
Ba diém nao sau day khong thang hang ?

A. M(-2;4),N(-27),P(-2;2). B. M (-2;4),N(54),P(7:4).

C. M (3;5),N(-2;5),P(-27). D. M (5-5),N(7;-7),P(-2;2).
Cho ba diém A(2;-4),B(6;0),C(m; 4).Pinh m dé 4,B,C thing hang?

A. m=10. B. m=-6. C.m=2. D. m=-10.

Cho A4(0;-2), B(-3;1). Tim toa do giao diém M ciia AB véi truc x'Ox.

A. M(-2;0). B. M(2:0). C.M(—%;O). D. M(0;-2).

Cho bdn diém A(1;—1), B(2;4), C(=2;-7), D(3;3) . Ba diém nao trong bon diém da cho thang hang?
A. A,B,C. B. 4,B,D. C. B,C,D. D. A,C,D.

Cho hai diém M (-2;2), N (1;1). Tim toa dd diém P trén Ox sao cho 3 diém M, N, P thang
hang.

A. P(0;4). B. P(0;-4). C. P(-4;0). D. P(4;0).

Cho 3 vecto a = (5:3); b= (4;2) cc= (2;0). Hay phén tich vecto ¢ theo 2 vecto a va b .
A.c=2a-3b. B.c=-2a+3b. C.c=a-b. D.c=a-2b.

Trong h¢ toa dd Oxy, cho bén diém 4(2; 1), B(2; —1), C(-2; -3), D(-2; —1). Xét ba

ménh dé:
(I ) ABCD 1a hinh thoi.

(11) ABCD 1a hinh binh hanh.
(III) AC cét BD tai M(0; —1).

Chon khang dinh dting
A. Chi ([) dang. B. Chi (H) dung.
C. Chi (II) va (III) ding. D. Cé ba déu dung.

Trong hé toa do Oxy, cho hai diém 4(2; -3), B(3; 4). Tim toa do diém M trén truc hoanh
sao cho A, B,M thing hang.

A. M(1; 0). B. M (4; 0). C. M(—%; —%) D. M(%; Oj.

Trong mit phang toa dd Oxy, cho ba diém A(6,3), B(-3;6), C(1,-2). Xac dinh diém E trén

canh BC sao cho BE =2EC.

A E[_lﬁ]. B. E[_l,-_é). c. E(%,-_lj. D. E[_E,-lj.
33 33 33 33

1.2

Trong mat phéng toa do Oxy, cho ba diém A(6,3), B[— 33 ) C(1;-2), D(15,0). Xac dinh

giao diém 7 hai duong thang BD va AC.
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Cau 26:

Cau 27:

Cau 28:

A.z[l,-_lj. B.I(—Z;lj. c.z(_l,-_l]. D.I(Z,-lj.
2 2 22 22 22

Cho ba diém A(-1;-1), B(0;1), C(3;0). Xac dinh toa d6 diém D biét D thudc doan thang
BC va 2BD=5DC .

A. (E;Ej. B. (-E,ﬁj. C. (E,Ej. D. (E;_EJ.
77 77 77 77
Cho tam giac ABC c¢b A(3;4), B(2;1), C(-1;-2). Tim diém M trén dudng thing BC sao
cho S, =3S ;-
A. M, (0:1), M,(3;2). B. M,(1;0), M,(3;2).C. M,(1;0), M,(2,3).D. M,(0;1), M,(2;3).

Cho hinh binh hanh ABCD c¢6 A(—2;3) vatam I(1;1). Biét diém K (—1;2) nam trén
duong thiang AB va diém D c6 hoanh d6 gip dbi tung do. Tim cac dinh B,D cua hinh binh
hanh.

A. B(2:1), D(0;1).  B. B(0;1); D(4;~1). C. B(0;1); D(2;1). D. B(2:1), D(4;-1).
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PHUONG PHAP TOA PO
TRONG MAT PHANG

IX

CHUONG |

BAI 1: TQA PO CUA VECTO

@ LY THUYET.

1. TOA PQ CUA VECTO POI VOI MOT HE TRUC TQA PQ
Truc toa do
e Truc toa do (hay goi tat 1a truc) 1a mot duong théng trén do6 da xac dinh mot diém O goi la
diém géc va mot vecto don vi i
e Diém O goi la géc toa do.
e Hudng cua vecto don vi 1a hudng cua tryc.
e Taki higu truc d6 Ia (0;i).

O M
>

Cho M 1a mot diém tuy ¥ trén truc (O;) Khi d6 ¢6 duy nhat mét sé & sao cho OM = X, i
Ta goi ) X, do la toa do cua diém M ddi véi truc da cho.
Cho hai diém 4 va B trén truc (O;) Khi d6 ¢6 duy nhit sb a sao cho 4B =ai. Tagoisd a la
do dai dai s6 ctia vecto AB dbi véi truc da cho va ki hidu a = AB.
Nhén xét.
e Néu AB cung huéng véi i thi 4B = AB, connéu 4B nguoc huéng v6i i thi AB=—AB.
e Néu hai diém 4 va B trén truc (0;) c6 toa dd 1an luot 1a @ va b thi AB=b—a.

H¢ toa do
Pinh nghia. Hé truc toa do (ij) g6m hai truc (O;f) va (0]) vudng goc v6i nhau.
biém géc O chung cua hai truc goi la géc toa do. Truc (O;f) duoc goi la truc hoanh va ki
hiéu 1a Ox, truc (0]) duoc goi la tryc tung va ki hiéu l1a 0y. Cac vecto 7 va j la cac vecto
don vi trén 0xva oy va |f| = |]| =1. He truc toa do (0?]) con duoc ki hiéu 1a Oxy.

Ay

X

< ul >
0 1

Q |~

~

Mat ph'fmg ma trén do da cho mét h¢ truc toa do Oxy con dugc goi la mat phéng toa d§ Oxy
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Hay goi tat 1a mat phiang Oxy.

Toa d¢ vecto
Trong mit phang Oxy cho mét vecto ii tily y. V& OA=ii va g0i A, 4, 1an luogt 13 hinh chiéu
ciia vudng goc cia 4 1én Ox va Oy. Taco OA = OA4, + OA, va cip sb duy nhat (x;y) dé
OA =xi,04,=yj. Nhuvay d=x7 +y].
Cap s (x;») duy nhat d6 duoc goi 1a toa do ctia vecto # ddi véi hé toa dd oxy va viét

ii =(x; y)hodc ii(x;y). SO thir nhat x goi la hoanh d¢, so thir hai y goi 1a tung do cia vecto

u. Nhu vay
i=(x;y)oi=xi+y] i

Nhan xét. Ttr dinh nghia toa do cua vecto, ta théy hai vecto bﬁng ALl __ A
nhau khi va chi khi chiing c6 hoanh d6 bang nhau va tung d bang A I
nhau. i > u i

, — _ =x' o|i 4
Néwii=(x;p) vau'=(x;)) thi| ii=u < {x x,.

y=y

Nhu vy, mdi vecto dugc hoan toan xac dinh khi biét toa do cua né.

Toa dj ciia mdt diém
Trong mit phing toa @ Oxy cho mot diém M tuy y. Toa do cua vecto OM déi véi hé truc
Oxy duoc goi la toa do cua diém M ddi véi hé truc do.
Nhu vay, cip s6 (x;») 1a toa do clia diém M khi va chi khi OM = (x;y). Khido ta viét
M =(x; y)hodc M (x;y). S6 x dugc goi 1a hoanh do, con s6 y duoc goi 1a tung d6 cua
diém M. Hoanh do cta diém M con duge ki hiéu la X,,, tung do cua diém M con duoc ki

hidula y,,.

M=(x,'y)<:>O—M=xf+yj va d6 dai cia OM 1a |O—M|:«/x2+y2

Ml M (x;y)

1
1
1
|

A l

N |

>
o7 M,

Cha y rang, néu MM, 1 Ox, MM, 1. Oy thi x=0M,, y=0M,.

2. BIEU THUC TQA PQ CUA PHEP TOAN VECTO
Cho u = (x;y) ;v = (x';»") vasb thuc k. Khidé taco :
1) ;i;:(xix’;yj:y’)
2) ka = (fox; ky)
3) uv = xx' + y.y'
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/
X=X

@EZG@{ ,
y=y

I _

5 5 5 o , x = kx
5) v cung phuong u (u = 0) khi va chi khi c6 s0 k£ sao cho { 'k
y =

3. AP DUNG CUA TQA PQ VECTO
Lién hé giira toa d cia diém va toa dd ciia vecto trong miit phing
Cho A(x,;y,), B(xp;yp) thi AB = (xz — x5 —V4)
Toa dd trung diém ciia doan thing
Cho doan théng AB co A (xA;yA ),B(xB;yB ) Ta dé dang chiing minh dugc toa dg trung diém
I(x;;y,) clia doan thing 4B 1a

_ X X VitV
xl— 2 s V= 2 .

Toa do trong tAm ctia tam gidc
Cho tam giac 4BC ¢6 A(x,;y,), B(xy, ;). C(xc, v ). Khi do toa do cua trong tim

G (x4, ¥ )cla tam gidc 4BC duoc tinh theo cong thuc

_ X XX Vit Vet Y
xG——3 , G——3 )

Ung dung biéu thirc toa dd ciia cac phép toan vecto

Trén mit phing toa do Oxy, cho hai vecto a=(a;a,), b=(b;b,) va hai diém
A(x,52,),B(x555)-Ta co:
1) albeab=0s ab +ab, =0

2) a,b cing phuong < ab, —a,b, =0
3) |Ez| =\Ja} +a;

4) AB:‘E‘:\/(xB—xA)Z—F(yB—yA)

2

ab _ a,b, +a,b,
Zz|.|l3| Jai +a Ab? +b?

@ Vi DU MINH HQA.

Cau 1. Trén truc (0;7) cho cac diém 4, B, C lanlugt cotoadd 1; —2; 3.

5) cos(Zz;l;):| (a=(a;a,) va b=(b;b,) déukhac 0)

Tinh dd dai dai sb cua cac vecto AB ; BC . Tu d6 suy ra hai vecto AB ; BC nguoc hudng?
Loi gidgi
Taco AB=-2-1=-3, BC=3 —(-2)=5.Do d6 vecto AB ngugc hudng voi vecto i va

vecto BC cung hudng véi vecto 7 .
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Céu 2. Trong mit phing toa d6 Oxy,cho a=2i, b=-3], ¢=3i —4j .
a) Tim toa d6 cua cac vecto a, l;, c, =3d-2b.
b) Phan tich vecto ¢ theo hai vecto a, b.
Loi gidgi

a) Taco a=(2;0), 5:(0;—3), ¢=(3;-4).

Khi d6 3 =(630), —2b = (0;6) nén 7 =3d—2b = (6+0;0+6)

(6;6).
b) Ta c6 hai vecto @, b khong cung phuong.

Theo yéu cau cua d¢ bai ta can tim by s6 x, y thoa man ¢ = xa + yb

2x+0=3 =

3
Suyra x(2:0)+y(0:-3)=(3;-4) ®{0_3y:_4 o i.
3

Vay ta viét dugc ¢ ==a+ b.

4
3

N | W

Cadu 3. Trong mit phang toa do Oxy, cho 4(2;1), B(-1;-2), C(-3;2).
a) Tim toa d6 trung diém cta doan thing AC .
b) Chirng minh ba diém 4, B, C tao thanh mot tam giac.
¢) Tim toa dd trong tdm tam giac ABC.
Loi gidgi

a) Goi M la trung diém AC thi M(% %} ha M(Tl %)

b) Tinh dugc AB = (-3;-3), AC =(~5;1) dan dén hai vecto d6 khong cing phuong. Noi cach
khac badiém 4, B, C tao thanh mot tam giac.

¢) Goi G la trong tam tam giac ABC thi G(2_1_3;1_§+2] hay G[—%;éj.
Cdu 4. Trong mit phang toa d Oxy, cho 4(2;1), B(-1;-2), C(-3;2).

a) Tim toa d6 diém E sao cho C 1a trung diém cua doan thing EB.
b) Xac dinh toa do diém D sao cho tr giac ABCD 1a hinh binh hanh.
Loi gidi

\ .2 , 2 A | 2Xe = xp 4, Xp=-5
a) Do C la trung diém cua doan thang EB nén = .
2y =Yp+ Vs Ye =
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG
Vay E(-5;6).
b) Goi D(x,:¥,) = DC=(-3-x,;2-y,).

4 .7 \ \ \ \ A T _ _3 - XD = _3 X = O
Do tur gidc ABCD 1a hinh binh hanh nén 4B = DC < =

2-y,=-3 y=5
Tathdy A, B, C, D khong thing hang. Vay D(0;5) 1a dap an bai toan.
Céu 5. Trong mit phiang Oxy, cho cac diém A(1;3), B(4;0) . Tim toa do diém M thoa 3AM + AB =07
Lai gidi
Gia st M (x,;y,) suyra AM =(x, —1;», -3) va AB=(3;-3).

3 -1)+3=0 _
(x =1) PN xM_O:>M(O;4).
3(y, —3)-3=0

Tacod: 34AM + AB=0 <
yM:4

Ciu 6. Trong mit phang toa 46 Oxy, cho hinh binh hanh ABCD c6 4(3;4), C(8;1). Goi M 1 trung
diém ctia canh BC, N 1a giao diém cua BD va AM . Xac dinh cac dinh con lai cta hinh binh

. 13
hanh ABCD, biét N(?;Zj.

Do [ 1a tAm ctia hinh binh hanh ABCD, ta ¢6 I 1a trung diém ctia doan thing AC nén

(1.5}
22

Xét tam giac ABC thi BI, AM 14 hai dudng trung tuyén nén N 1a trong tdm tam giac ABC .

13 3+x,+8
22" 7° 5
Dodé d 3 3 @{XB , Vay B(Z;l).
2:4+yB+l vy =1
3

Goi D(xD;yD).Do [ trung diém cia BD nén 2+ :11<:> Xp =9 nén D(9;4).
I+y,=5 yp=4

Vay B(2;1), D(9;4).

<‘> BAI TAP.
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CHUYEN PE IX — TOAN 10 — CHUONG IX — PHUONG PHAP TOA PO TRONG MAT PHANG
Céu 1. Trong mit phing toa dd Oxy , cho cac diém M(1;3),N(42) .
a) Tinh d¢ dai cua cac doan thrfmg OM , ON, MN .
b) Chirng minh rang tam gidc OMN vudng can.
Loi giai
) OM =12 +32 =10 , ON =~/4* + 2% =25 .
b) MN =J(4-1) +(2-3)" =10 .

Vi OM? + MN* =20=ON’ nén tam giac OMN vudng tai M , ma OM = MN nén tam giac
OMN vudng can tai M

Céu 2. Trong mit phing toa @6 Oxy, cho cac vecto a =3i—2,b= (4;—1)va cac diém
M (-3;6),N(3;-3)
a) Tim mdi lién hé giira cac vecto MN va 2a-b.
b) Cac diém O, M, N c6 thang hang hay khong?
¢) Tim diém P(x;y)dé OMNP 1a mot hinh binh hanh.
Loi gii
a) MN =(6;-9); a=(3-2)=2a=(6;-4); 2a—b=(2;-3).
Suy ra Wv:s(z&—z}).
b) Ta c6: OM =(-3;6),0N =(3;-3).

Vi _?3 # % nén OM, ON khong cung phuong, suy ra O, M, N khong thing hang.

¢) Tacod: OM =(-3;6),PN =(3-x;,-3- ).
Do d6: OMNP 1a mot hinh binh hanh khi va chi khi

. -3=3-—x x=6
OM = PN < o = P(6;-9).
6=-3-y  |y=-9

Cau 3. Trong mit phing toa dd Oxy, cho céc diém A4(1;3),B(2;4),C(-3;2).
a) Hay chimg minh rang A4, B,C la ba dinh ctia mot tam giac.
b) Tim toa d6 trung diém M cua doan thing 4B .
¢) Tim toa d6 trong tdm G cua tam giac ABC.
d) Tim diém D(x;y) dé O(0;0)1a trong tAm ciia tam gidc ABD .
Loi gidi

a) Ta co: E:(l;l);ﬁz(—%—l)
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Vi L4 +L nen AB; AC khong cung phuong, suy ra 4, B,C 1a ba dinh ctia mot tam giac.

. _1+2 3
= —— =
b) 22 (3.1
_3+4 7 22
Yu 5 5
1+2+(-3
Xg = ( )=O
¢) 3 = G(0;3)
3+4+2
yG= 3 :3

d) Goi D(x,;y,)

0=1+2+xD
3 Xp=-3
Ta co: o = D(-3;-7).
0:3+4+yD yp=-1
3

Cau 4. Su chuyén dong ctia mot tau thuy dugc thé hién trén mot mat phéng toa dd nhu sau: Tau khoi
hanh tir vi tri A4(1;2) chuyén dong thang déu véi van toc (tinh theo gio) duoc biéu thi boi vecto
v= (3;4). Xac dinh vi tri clia tau (trén mat phing toa d6) tai thoi diém sau khi khoi hanh 1,5
gio.

Loi giai

Goi B(x;y),(y>0);

\7‘=\/32+42 =5; AB=(x-1y-2)

Quéng duong tau thuy chay duoc sau 1,5 giola: 1,5.5=7,5 .

Taco: [4B|=y(x-1)" +(y-2) =7.5 & (x-1] +(y-2) =7.8° (1)

5 oa T ~ x=1 y=2 3 1
AB va v cung phuongnén —==——— < x=—y—— (2
gp g 3 p 2773 (2)

Thay (2) vao (1) ta co:

11
=8=>x=—
Y 2.

2
Gy_%qj +(y=2)' =75 <25y ~100y 800 =0 <

y =4 (loai)
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

11
Viay B| 8,— | .
Y ( 2)

Cau 5. Trong Hinh 4.38, quan ma dang ¢ vi tri ¢6 toa do (1; 2) . Hé1 sau mét nudce di, quan ma co thé dén

nhiing vi tri nao?

Ban co thé tim hiéu d@é biét
quy tac di cua quan ma.

Loi gidi
Quén mi di chuyén theo hinh chit L, mdi nu6e di gdm tong cong 3 6: tién 1 6 10i queo trai
hodc queo phai 2 6 va nguoc lai; tién 2 6 ro1 queo trai hodc queo phai 1 6 va nguoc lai. Khac
véi toan by quan co trong ban c¢& vua, ma khong bi can boi bat cr quan nao va cé thé nhay
qua tat ca cac quan khac trén dwong di ciia minh.

Theo cach di nhu trén thi Quan ma c6 thé & cac vi tri sau:
(2;4),(2:0),(3;3),(3;1),(0;4),(0;0)

@ HE THONG BAI TAP.

DANG 1: TiM TQA PQ PIEM, TQA PQ VECTO TREN MAT PHANG Oxy

<0> BAI TAP TU LUAN.
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 1:

Cau 2:

Cau 3:

Cau 5:

Trong mat ph'fmg toa do Oxy. Cho diém M (x,' y). Tim toa do cua cac diém M | dbi xung voi
M qua truc hoanh?
Loi giai

M, d6i xtmg véi M qua truc hoanh suy ra M, (x;—y) :

Trong khéng gian Oxy, cho hai diém A(l;2) , B (—2;3) . Tim toa d6 cua vecto AB ?
Loi giai

Taco AB=(-2-1;3-2)=(-3;1).

Vecto a = (—4;0) duoc phan tich theo hai vecto don vi (f; }) nhu thé nao?
Loi gidi
Taco: a=(—40)=>a=—4i+0)=—4i.
Trong hé truc toa dd Oxy, cho hinh vuéng ABCD tam I va c6 A(1;3) . Biét diém B thudc truc

Ox va BC cung huéng véi i . Tim toa dd cac vecto AC?

Loi giai
Tu gia thiét ta x4c dinh duoc hinh vuong trén mat y
, A D
phang toa d9 Oxy nhu hinh v€ bén.
Vidiém A4(1;3) suyra 4B=3, OB=1 X
Do do B(1;0), C(4;0), D(4;3
(1:0) ) 13 5>

Vay AC =(3;-3).

Trong mit phing toa 4 Oxy. Cho hinh thoi ABCD canh a va BAD =60". Biét 4 tring voi

géc toadd O; C thudc truc Ox va Xz 2 O,yB 20. Tim toa do cac dinh B va C cua hinh thoi
ABCD.
Loi gidi
Tu gia thiét ta x4c dinh duoc hinh thoi trén mat
phang toa d6

Oxy

Goi I 1a tam hinh thoi ta co

BI = AB sin BAI = a sin30° =%
Al =\ AB* —BI* = faz _%2 zé

Suy ra 4(0;0), B[% '3], C(av3;0), D(&;—E]_

) 22
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

<0> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Trong mit phing toa dd Oxy, toa dd 7 1a

A. i=(0;0). B. i=(0;1). C.i=(10). D.i=(1;1).
Loi giai

Chon C.

Trong hé toa d0 Oxy, cho A(S; 2), B(IO; 8) Tim toa d6 cua vecto 4B ?

A. (15; 10). B. (2; 4). C. (5 6). D. (50; 16).
Loi giai

Chon C

Ta c6 E:(S; 6).

Trong mit phing Oxy cho A= (5; —2),B (10;8). Toa dd vecto AB la:

A. AB(15;10). B. AB(2;4). C. 4B(5;10). D. 4B(50;16).
Loi giai

Chon C

A=(5-2),B=(10;8)= 4B =(510).

Trong mat phang toa do Oxy cho hai diém 4(1;4) va B(3;5). Khi do:

A. AB=(-2;-1).  B. BA=(12). C. AB=(21). D. AB=(49).
Loi gidi.

Chon C.

Taco: AB=(2;1).

Trong mit phing toa do Oxy choA(5;3), B (7;8). Tim toa d6 cua vécto AB
A. (1510). B. (2;5). C. (26). D. (-2;-5).
Loi gidi.
Chon B.
Taco: @=(2;5).
Trong h¢ toa d0 Oxy, cho tam giac ABC co B(9; 7), C(l I —l) .Goi M, N lan luot 1a trung
diém cua 4B, AC. Tim toa d vecto MN ?
A. (2, -8). B. (I, —4). C. (10; 6). D. (5; 3).
Loi giai
Chon B
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 7:

Cau 8:

Cau 9:

A

C B
r == 1—== 1
Ta co MN:EBC 25(2; -8)=(1; —4).
Trong hé toa 40 Oxy, cho hinh vudéng ABCD c6 gbc O lam tam hinh vudng va cac canh ciia
né song song véi cac truc toa dd. Khang dinh nao ding?
A. |@ + O—B| = AB. B. OA-O0B, DC cung huéng.
C. X=X Vy=Ver Do Xp ==X, Vp="Vc
Loi giai
Chon' A
Ta co |(74+@| =|§)+OTB| =|@| = AB. (do 04 =CO).

Trong hé toa dd Oxy, cho M (3; —4) Goi M,, M, 1an lugt 1a hinh chiéu vudng goc cia M trén
Ox,Oy. Khang dinh nao dang?

A. OM, =-3. B. OM, =4.

C. OM,-OM, =(-3; -4). D. OM, +OM, =(3; —4).
Loi giai

Chon'D

Taco M, :(3; O), M, :(O; —4)

A. Saivi OM, =3.

B. Sai vi OM, =-4.
C.Saivi OM,-OM, =M,M, =(3; 4).

Trong hé toa dd Oxy, cho hinh binh hanh O4BC, C e Ox. Khing dinh nao sau ddy dung?

A. 4B c6 tung do khac 0. B. 4, B c6 tung do khac nhau.
C. C c6 hoanh d¢ khéc 0. D. X, +x.—x, =0.

Loi gidi
Chon C

Ta c6 OABC 12 hinh binh hanh = 4B =0C =(x; 0).
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CHUYEN PE IX — TOAN 10 - CHUONG IX — PHUONG PHAP TQA PO TRONG MAT PHANG
CAu 10: Trong hé truc toa do (0},}), cho tam giac déu ABC canh 4, biét O 1a trung diém BC, ;i cung

huéng véi OC, j cung huéng OA . Tim toa do cua cac dinh cta tam gidc ABC .Goi X, X,

X 1an luot 1a hoanh d6 cac diém 4, B, C. Gia tri ctia biéu thirc X, + X, + X, bang:

3
A0, B. 4. C. a\/—. D. 2
2 2 2
Loi giai
Chon' A
Ta co A[O;#], B[—g;O], C’[%;O suyra X, +x,+x.=0.

CAiu 11: Trong hé truc toa do (0},}‘), cho tam gidc déu 4BC canh ¢, biét O 1a trung diém BC, i cung

hudng véi ocC , } cung huéng OA  Tim toa d6 tim dudng tron ngoai tiép tam giac ABC .
A. G(O%} B. G(O#} C. G[%Oj D. G[#Oj

Loi giai
Chon' A

aﬁ]

Tam dudng tron ngoai tiép tam giac déu tring véi trong tim G(OJ—

6

Cau 12: Trong hé truc toa do (O,f,}'), cho hinh thoi ABCD tdm O ¢6 AC =8, BD=6. Biét OC va i

cung huéng, OB va J cung hudng. Tinh toa dd trong tim tam giac ABC

A. G(01). B. G(-1,0). C. G;oj. D. (0;%}.
Loi gidi
Chon A
Tacé A(—4;0), C(40), B(0;3), D(0;-3) = G(0;1).
DANG 2: XAC PINH TQA PQ PIEM, VECTO LIEN QUAN PEN BIEU THUC DANG

u+v,u—v, ku

<0> BAI TAP TU LUAN.

Céau 1: Trong khong gian Oxy, cho hai vecto 5(1;3), 5(3;—4). Tim toa do vecto a —b?

Loi giai

Ta co a—5=(1—3;3—(—4)) (-2:7).

Cau2: Cho a=(x;2),b=(-51),c=(x;7). Tim ¥ dé Vec to ¢ =2a+3b
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 4:

Loi giai

Ta co x=2.x+3.(—5) < x=15.

Cho hai diém 4(1;0) va B(0;-2).Toa do diém D sao cho 4D =-345 la:
Loi giai

-1=-3(0-1 _
Ta cod o ( ) @{XD_4 :}D(4,6)
yp=0==-3(=2-0)" |y, =6

Trong mit phiang Oxy, cho cac diém A(1;3),B(4;0). Toa d6 diém M thoa 340 + 4B =0 la
Loi giai

3(x), —1)+(4-1)=0 @{xM =0

3(yy =3)+(0-3)=0 |y, =4

Trong mit phing Oxy, cho céac diém A(—3;3),B(1;4),C(2; —5). Toa d6 diém M thoa man

2MA—BC =4CM la:

Ta c6: 3W+E:()<:>{ = M (0;4).

Loi giai

2(-3-x,)-(2-1)=4(x, —2) - =

Ta co: 237d— BC = 4TI < :M(l;—ij.
23—y )—(-5-4)=4(y, +5) 5 6 6

<0> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 3:

Cho 5:(—1; 2), l;=(5; ~7) Tim toa d¢ cua a —b.

A. (6; -9) B. (4 -5) C. (-6 9) D. (-5 -14).
Loi giai

Chon C

Taco a—b=(-1-5; 2—(-7))=(-6; 9).

Cho Zz=(3; -4), l;z(—l; 2) Tim toa do cta a+b.

A. (-4 6) B. (2; -2) C. (4 -6) D. (-3; -8)
Loi giai

Chon B

Taco a+b=(3+(-1); —4+2)=(2 -2).

Trong hé truc toa do (O; i }) toa do ;+; la:

A. (0; 1). B. (I; -1) C. (-1 1) D. (1; 1)
Loi giai

Chon D

Taco i=(L; 0), j=(0; )=>i+j=(L 1)
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau4: Trong mit phang Oxy cho d =(—1;3) b= (5;-7). Toa do vecto 3a—2b la:

A. (6;-19). B. (13;-29). C. (-6:10). D. (-13;23).
Loi gidi
Chon D
a=(-1;3 3a=(-3;9 S
! ( ): ! (=5:9) = 3a—2b=(-13;23).
b=(5-7) |2b=(10;—14)
Cau5:  Trong mit phing toa dd Oxy, cho a=(1;2),b=(3;4). Toado ¢ =4a—5 Ia
A.c=(-1;-4). B.c=(41). C.c=(L;4). D. c=(-1;4).
Loi giai
Chon C.

Taco: ¢ =4a—-2b=4(1;2)—(3;4)=(1;4).

Cau 6:  Trong mit phing toa do Oxy,cho a=(2;1),b=(3;-2) va & =2a+35 . Toa do cua vecto ¢ 1
A. (13;-4). B. (13; 4). C. (-13;4). D. (—13;-4).
Loi giai
Chon A.
Taco: ¢ =2a+3b=2(2;1)+3(3;-2)=(13;-4).

Cau7: Cho a(2;7), b(~3;5). Toa dé cua vécto & —b la.
A. (52). B. (-1;2). C. (-5-2). D. (5-2).
Loi gidi.
Chon A.
Taco: a—b=(2;7)-(-35)=(5;2).

21(3;—4), b(-1;2)

Cau8: Cho . Toa d0 cua vécto a + 254 1a
A. (-46). B. (4,-6). C. (1,0). D. (0;1).
Loi gidi.
Chon (&
a= (3;-4)
b=(-1;2)=2b=(-2;4)
= a+2b=(1;0).

Cau9: Trong hé truc (Oj,}’) , toa do cua ;—} la
A. (0;1). B. (L1). C. (,-1). D. (-L1).

Page 14



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Loi gidi.

Cho 9= (12) (3 0=(34) Lgi coaa 5 gy toa d6 cha ¢ 1a:

A. c=(-L4). B. c=(4-1). C. c=(1;4). D. c=(-1-4).
Loi giai.

Chon C.

Taco: ¢ =4a—2b=4(1;2)—(3;4)=(1;4).

Cho @=(1;5), b=(~2:1). Tinh ¢ =3d+2b.
A. ¢=(7;13). B. ¢ =(1;17). C.c=(-1;17). D. ¢ =(1;16).
Loi giai

Chon B

Tacé{

Cho Zl=2;—3;' va B:—;+2}.Timtoad© cua c:a—l;.
A. c=(1;-1). B. c=(3;-5). C. c=(-3;5). D.c=(2;7).

Loi giai

=¢=3a+2b=(-1;17).

Sy

(251 2b =(-4; 2)

=(1; 5) {3& =(3;15)
)

- -

c=a-b=(2i-3j)-(-i+2j)=3i-5j=c=(3;-5).

Cho hai vecto @ = (1;-4) ; b = (~6;15). Tim toa do vecto i biét u+a =b

A. (7:19). B. (-7;19). C. (7;-19). D. (-7;-19).
Loi gidi

Chon'B

Tacou+a=bou=b—a=(-719).

-

Tim toa do vecto U biét u+b= 0,5= (2;-3).
A. (2;-3). B. (-2;-3). C. (-2:3). D. (2;3).

-

Chon C

Ta co Zt+5=6<:>;t=—5=(—2;3).
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Trong hé toa d0 Oxy, cho A(2; 5), B(l; 1), C(3; 3). Tim toa d0 diém E sao cho
AE =3AB—-2AC

A. (3 -3). B. (-3 3). C (-3 -3). D. (-2 -3).
Li gidi

Chon C

Goi E(x; y).

Ta c6 E=3E—2A—C@A—E—A—B=2(E—E)@ﬁ=zc—3

x—1=-4 x=-3
1 y-1)=2(-2; -2
(x > ) ( ’ )Q{y—lz—él-@{y:—:s

vay E(-3; -3).

Cho 5:(2; -4), l;z(—S; 3). Tim toa d0 ctia u = 2a b

Acu=(7 =7). B. u=(9 -11) C.u=(% -5). D. u=(-1; 5).
Loi giai
Chon'B
Taco u=2(2; —4)—(-5 3)=(9 -11).
Cho 3 diém A(—4;0),B(—5;0), C(3;O). Tim diém M trén truc Ox sao cho
MA+MB+MC=0.
A. (-2;0). B. (2;0). C. (-40). D. (-50).
Loi giai
Chon A

Tacd M € Ox nén M(x;O).Do MA+ MB+ MC =0 nén x=_4_35+3=_2.

Trong hé truc (0,;,}') cho 2 vecto Zz=(3 ;2), b =—i+5. Ménh dé nao sau day sai?

A.a=3i+2]. B. b=(-1;5). C.a+b=(2;7). D.a-b=(2;-3).
Loi giai

Chon' D

a=(3;2),b=(-1;5)=a-b=(4;-3).

Cho u=2i—-3j, v=—5i—j.Goi (X;Y) litoad cia w=2u~3v thitich XY bing:

A. -57. B. 57. C. -63. D. 63.
Loi giai

ChignlA

7v=2&—35=2(2?—3}')—3(—5?—}')=19§—3}'. = X=19,Y=-3= XY =-57.

DANG 3: XAC PINH TQA PQ CAC PIEM CUA MQT HINH

Page 16



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

<0> BAI TAP TU LUAN.

Cau 1:

Cau 2:

Cau 3:

Trong hé toa do Oxy,cho tam gidc 4BC c6 A(3,5), B(1,2), C(5;2).Tim toa do trong tim G

cua tam gidc A4BC?

Loi giai
- 3+;+5 _3
Ta cod —G(3,3).
5+2+2

Trong hé toa do Oxy,cho tam gidc ABC c6 A(-2:2), B(3;5) va trong tdm la gbc toa do
0(0;0). Tim toa d¢ dinh C?
Loi giai
Goi C(x;y).

—2+3+x_0

= _ 1
Vi O la trong tdm tam giac ABC nén 3 = * :
2+5+y 0 y=-7

3

Cho M(2;O),N(2;2),P(—1;3) 1an luot 13 trung diém cac canh BC,CA, AB ciia AABC . Toa do
B la:
Loi giai

B

Ta c6: BPNM 1a hinh binh hanh nén
Xp+Xy =X,+X X, +2=2+(-1 x, =—1
{B N P M @{ B ( )@{ B )
Yt VYn=Vpt Iy y3+2:0+3 y3=1

Trong mit phing toa dd Oxy, cho tam gidc MNP c6 M (1;-1),N(5;-3) va P thudc truc Oy,
trong tim G cua tam giac nam trén truc Ox .Toa d0 cua diém P 1a

Loi giai
Ta c6: P thudc truc Oy = P(0;y), G nim trén truc Ox = G(x;0)

1+5+0
= x=2
G la trong tam tam gidac MNP nén ta co: 3 = {
0D+ 4y =4
3
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Vay P(0;4).
Cau 5: Cho tam giac ABCvoi AB=35 va AC =1. Tinh toa d6 diém D14 ctia chan dudng phan giac
trong goc A, biét B(7,-2),C(1;4).

Loi giai
A
B® D °C
Theo tinh chit duong phan gidc: g—g = j—lé =5= DB=5DC = DB =-5DC.

Goi D(x;y)= DB =(7-x,-2-y),DC=(1-x,4-y).

{7—x=—5(1—x) {x:Z
Suy ra: &

2-y=-5(4-y) |y=3
Vay D(2:3).

Cau 6:  Trong mit phang toa dd Oxy cho 4(3;-1), B(-1;2) va I(1;-1). Xéc dinh toa do céc diém C,
D sao cho tir giac ABCD 14 hinh binh hanh biét 7 1a trong tim tam giac ABC . Tim toa tim O
cta hinh binh hanh ABCD.

Loi giai
Villa trong tdm tam giac ABC nén

+ X, +
x,=—xA X3B xC:>xC:3x,—xA—xB:1
YatVsty
yy ==y =3y, -y, — v, =4

2
Suy ra C(1,—4)

Tu giac ABCD 1a hinh binh hanh suy ra

~1-3=1-x, @{x,) =5

= D(5;,-7)
241=-4-y, yy=-1

E:D—C@{

Diém O cua hinh binh hanh ABCD suy ra O 1 trung diém AC do d6

X, +x + 5 5
Xo 2%22, Yo :%2_530(2;—5j

<0> BAI TAP TRAC NGHIEM.
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Cau 1:

Cau 3:

Cau 4:

Cau 5:

Cho A(4; 0) , B(Z; —3), C(9; 6) . Toa dd trong tdm G cua tam giac ABC la:
A. (3;5). B. (51). C. (15,9). D. (9;15).
Loi gidi
Chon'B
Trong tam G cua tam giac ABC c6 toa d thoa man:
X, +X+ X0 4+2+9
6 =f G~ 3 xX.=5
=3 = { ¢ T=G(5).
_Vat Vst e _—3+6 Yo =1
T3 Yo = 3

Ve

Trong hé toa do Oxy, cho tam giac ABC c6 A(3; 5), B(1; 2), C(5; 2). Tim toa do trong tAm
G cuatam giac ABC?
A. (-3; 4). B. (4, 0). C. (v2; 3). D. (3; 3).
Loi giai
Chon' D

Ta co toa do G=(3+;+5; 5+§+2j:(3; 3).

Trong hé toa d0 Oxy, cho A(2; —3), B(4; 7). Tim toa do trung diém / cta doan thing AB
A. (6; 4). B. (2; 10). C. (3 2). D. (8; —21).
Loi giai
Chon'C
244 347

Taco [ = =(3; 2).
aco (2, : j (3 2)

Trong mit phang Oxy cho tam gidc ABC c6 A=(3;5),B=(1;2),C=(5;2). Trong tAm G cua

tam gidc ABC cb toa do 1a:

A. (-3;4). B. (4,0). C. (v2:3). D. (33).
Loi gidi

Chon'D

Ta ¢ G(xg;,) 12 trong tim tam gidc ABC nén:

X, txtx.  3+145 _

X; = 3 = 3 3
=G =(33).
_yA+yB+yC_5+2+2_3
¢ 3 3

Trong mat phéng toa dd Oxy, cho tam gidc ABC c6 toa do ba dinh 1an luot 1a A(2; 3) , B(S; 4)
, C(~1;—1). Toa dd trong tim G cua tam gidc c6 toa do la:
A. (3 3). B. (2; 2). C. (L 1). D. (4 4).

Loi giai
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Cau 6:

Cau 9:

Chon B.
5 = X, +x3B + X,
Pé G 1a trong tim tam gidc ABC < = G(2;2).
_VaT Vet Ve
Ve _f

Cho tam gidc ABC c6 toa do ba dinh lan luot la A(2;3) , B(5;4), C(2;2). Toa do trong tam
G cuatam giac co toa do la
A. (33) B. (2;2) C. (11) D. (4:4).

Loi giai.

Chon A.

+x,+x.=3
Taco: {XA T T o G(33).
Vit Vp+Ye =3y

Cho hai diém B(3;2) C(5;4) . Toa d¢ trung diém M cua BC la

b

A M =(-83). B. M (43). C. M(2;2). D. M =(2;-2).
Loi giai.
Chon B
%, = Xo+Xg
Taco : 2 o M(43).
y Vet Vs
Y 2
Trong mat phéng toa do Oxy Oxy, choba diémA(S;_z), B(O;3), C(_S;_l). Khi d6 trong tam
AABC la:
A. G(O;ll). B. G(l;—l). C. G(IO;O). D. G(O;O).
Loi giai.
Chon D.

X, +x,+x.=3x
Tacé:{ 4T Te 7 <o G(0;0).
VitV +Ye =3y

Trong mit phing toa do Oxy cho 4(2;-3), B(4;7). Toa d trung diém I ciia doan thing AB

la:
A. 1(6;4) B. 1(2;10). C. 1(32). D. /(8;-21).
Loi giai

Chon C

¥, = X, +x,
Taco : 2 o 1(3;2).

_Vat Vs
Y= >
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

X6

A(3;5)’ B(1;2) Vi C(2;0)

Trong mit phang toa dd Oxy cho . Tim toa d¢ trong tam G cua tam

giac ABC

A. G(3,7). B. G(6;3). C. G(—3,%j D. G(z;g.
Loi gidi.

Chon D.

X . ) . X, +x, +x.=3x; 7
bé G la trong tam tam giac ABC = =G| 2;—|.
VatVptye =3y 3

Trong mat phéng toa do Oxy choA(3;5), B (1;2). Tim toa dd trung diém I cua doan théng AB
7 7
A I(47). B. 1(-2;3). C I\ %] D. 7| =2 .
Loi giai.
Chon C
¥ = X, + X, ,
Taco: 2 & ](2;—)
y, = YatVs 2
! 2
1
Cho tam gidc ABC v6i A(-3;6);B(9;-10) va G(E;Oj 1a trong tAm. Toa do C 1a:
A. C(5-4). B. C(5:4). C. C(-5:4). D. C(-5-4).
Loi giai.
Chon C.
Taco : {xA Xy =3 ol =305 = (x, ;) = C(-5:4).
Vit Vg+Ye =3y yC=3yG_(yA+yB)
Trong mit phang Oxy cho A(4;2),B(l;—5). Tim trong tdm G cua tam giac OAB.
A. G é;—1 . B. G §;2 . C. G(1;3). D. G E,l .
3 3 33
Loi giai
Chon A
CXptx,+tx, 0+4+1 _é
3 3003 :G[i; oj.
_yOerAerB_O+2—5__1 3
¢ 3 3
Trong h¢ toa o Oxy, cho tam giac ABC c6 A(-2; 2), B(3; 5) va trong tdm la gbc O. Tim

toa do dinh C?
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Cau 15:

Cau 16:

Cau 17:

A. (-1 -7). B. (2, -2). C. (-3 -5). D. (1, 7).
Loi gidi
Chon' A
—2+3+x:O o
Goi C(x;y). Taco O latrong tam < 3 <:>{ B
2+5+y:0 y=-7
3
Vay C(-1; -7).

Trong hé toa d0 Oxy, cho tam gidc ABC co A(6; 1), B(—3; 5) va trong tdm G(—l; 1). Tim
toa do dinh C?

A. (6; -3). B. (-6; 3). C. (-6 -3). D. (-3; 6).
Loi giai
Chon C
6+(-3)+x
. . . R 3 =-1 x=-6
Goi C(x; y). Taco G latrong tam < =
I+5+y 1 y=-3
3
Vay C(—6; —3).

Trong hé toa 49 Oxy, cho tam giac ABC c6 M (2; 3), N(0; —4), P(-1; 6) lan luot la trung
diém cuia cac canh BC,CA, AB . Tim toa d6 dinh 4 ?

A. (1; 5). B. (-3 -1). C. (-2 -7). D. (I, —10).
Loi giai
Chon B
A
N p
c M B

Goi A(x; y). Taco a:]\_/lﬁc()ﬁl; y-6)=(-2 -7).

x+1=-2 x=-3 _
o = . Vay A(-3;-1).
y—6=-7 y=-1

Trong hé toa 49 Oxy, cho ba diém A(1; 1), B(3; 2), C(6; 5). Tim toa dd diém D dé ABCD
1a hinh binh hanh.
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Cau 18:

Cau 19:

Cau 20:

A. (4 3). B. (3; 4). C. (4 4). D. (8; 6).
Loi giai

Chon'C

Goi D(x; ), ABCD 1a hinh binh hanh < AD = BC < (x—1; y—1)=(3; 3).

x—1=3 x=4
< &

y-1=3 " |y=4
Vay D(4; 4).

Trong hé toadd Oxy, chobadiém 4(2; 1), B(0; —3), C(3; 1). Timtoad diém D dé ABCD
1a hinh binh hanh.
A. (5 5). B. (5; -2). C. (5 -4). D. (-1; —4).
Loi gidi
Chon'A

D C
Goi D(x;y), ABCD la hinh binh hanh < AD = BC < (x-2; y—1)=(3; 4)

x—2=3 x=5
= =
y—1=4 y=5

Vay D(5; 5).

Trong mit phang Oxy cho 3 diém 4=(-1;3),B=(2;0),C=(6;2). Tim toa d0 D sao cho
ABCD 1a hinh binh hanh.

A. (9;-1). B. (3;5). C. (53). D. (-1;9).

Loi giai
Chon B
ABCD 13 hinh binh hanh khi 4B = DC.

Ta c6 ﬁ:(3;—3),D—C:(6—x;2—y),D(x;y).

. 6-x=3 x=3
Nén AB=DC < = = D(3;5).
2—-y=-3 y=5

Cho hinh binh hanh 4BCD . Biée 45D B(=12) C(0:1) 1 46 diém D 1a:

A. (2;0). B. (-2;0) C. (-2:2). D. (2;-2)
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Cau 21:

Cau 22:

Cau 23:

Loi gisi.
Chon A.
Goi D(x,y) la diém can tim
Tacd: AB= (-21), DC = (—x;1-y)
Dé ABCD la hinh binh hanh < 4B =DC < {l_f;j = D(2:0).

Cho tam gide. 4BC. GoiM ,V , P 1an luot 1a trung diém BC ,C4 | 4B . Biét 4(1;3),B(-3;3),
C(8;0). Gid tri cua x,, +x, +x, bing:
A. 2. B. 3. C. 1. D. 6.

Loi gidi.

Chon D.

Taco: M latrung diém BC = x,, :%

N la trung diém AC = x, =%

P latrung diém AB = x,=-1

A(=2;,0). B(0;-1) C(4:4)

Cho hinh binh hanh ABCD c¢6 ; , . Toa @6 dinh D la:

A. D(23). B. D(6;3). C. D(6;5) D. D(2;5).
Loi giai.

Chon D.

Goi D(x,y) 1a diém can tim
Tacod: AB=(2;-1), DC =(4-x;4-y)

4-x=2

D(2;5).
4—y=-1 = D(25)

Pé ABCD 1a hinh binh hanh < 4B=DC < {

A(—5;6)’ B(-4:-1) . C(43)

Cho tam gidc ABC véi .Tim D d& ABCD 14 hinh binh hanh:
A. D(3;10). B. D(3;-10). C. D(-3;10). D. D(-3;-10).

Loi giai.
Chon A.

Goi D(x,y) 1a diém can tim
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Pé ABCD 1a hinh binh hanh < AB=DC < {

Taco: ZE:(I;—7), 55:(4_)5;3_);)

4-x=1

D(3;10).
3—y=-7 = ( ’ )

DANG 4: BAI TOAN LIEN QUAN PEN SU CUNG PHUONG CUA HAI VECTO. PHAN
TICH MOT VECTO QUA HAI VECTO KHONG CUNG PHUONG

<0> BAI TAP TU LUAN.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cho A(1;2),B(-2;6). Tim tao do diém M trén truc Oy sao cho ba diém 4, B, M thang hang.
Loi giai

Taco: M trén truc Oy = M(O;y)

Ba diém A4, B, M thang hang khi 4B cung phuong véi AM

Ta c6 AB=(-3;4),AM =(-L,y-2). Do d6, AB cing phuong Vi
AM e =222 = y—10. Vay M(0;10).

Cho cac vecto a = (4;—2),75 = (—1;—1),2 =(2;5). Phén tich vecto 5 theo hai vecto a va ¢.

Loi giai
1
e g O —1=4m+2n R - -
Giast b=ma+nc = 8.Vay bz_la_lc
—1=-2m+5n n——l 8 4

Trong mat phéng Oxy, cho A(m —1;—1),B(2;2 —Zm),C(m + 3;3) . Tim gia tri m dé 4,B.C la
ba diém thing hang?
Loi gii

Ta co: AB =(3-m;3-2m), E:(4;4)
Ba diém 4, B,C thang hang khi va chi khi 4B cing phuong voi AC

3—-m 3-2m

4 4

Trong mat phéng toa d Oxy, cho ba diém A(6;3), B(=3;6), C(1;-2). Xac dinh diém E trén

=<m=0.

truc hoanh sao cho ba diém 4, B, £ thang hang.

Loi gidi
Vi E thudc doan BC va BE =2EC suyra BE = 2EC
Goi E(x;y) khidé BE(x+3;y-6), EC(1-x,-2-y)

1
x+3=2(1-x) _ S

Do do6
{y—6=2(—2—y)
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| )
Vay E| ——;— |.
a £(-372)

Trong mit phang toa dd Oxy cho 4 diém A(O,‘l), B(l;3), C(2;7) va D(O; 3) . Tim giao diém
cta 2 dudng thang AC va BD.
Loi giai

Goi I(X,‘y) 1a giao diém AC va BD suyra ﬁ,A—C cung phuong va E,‘ BD cung phuong
Mat khac

Al =(x;y-1), AC=(2;6) suyra %:yT_l<:>6x_2y:_2 (1)

Efz(x—l;y—3),ﬁ)z(—l;0) suyra y =3 thé vao (1) taco x:%

2 o s
Vay [ (53] la diém can tim.

<0> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 3:

Cho @=2i -3, b=mj+i.Néu a,b cung phuong thi:

A. m=-6. B. m=6. C.mz—g. D.m:—g.

3 - 2

Loi giai

Chon'D
- - . 1 m 3
a=(2;-3)vab=(1;m) cungphuong<:>5=—3<:>m=—§.
Hai vecto nao co toa do sau day la cung phuong?
A. (1, 0)va(0; 1). B. (2, 1) va (2;-1). C.(-10)va(1;0).  D. (3;-2) va(6; 4).

Loi giai
Chon C
Tacé: i =(1;0) va —i = (~1;0) cing phuong.

Trong h¢ toa do Oxy, cho tam giac ABC cé A(l; l), B(—Z; —2), C(—7; —7). Khéng dinh

nao sau day dung?

A. G(2; 2) 1a trong tam tam giac ABC. B. B ¢ giita hai diém 4 va C.
C. A ¢ giita hai diém B va C. D. 4B, AC cung hudng.

Loi gidi
Chon C

Taco AB=(-3; —3), AC=(6; 6) va AC=-24B

Vay A4 ¢ giira hai diém B va C.

Page 26



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 4:

Cau 6:

Cau 7:

Cau 8:

Trong hé toa do Oxy, cho A(-1; 5), B(5; 5), C(-1; 11). Khing dinh nao sau day dung?
A. 4, B, C thiang hang. B. 4B, AC cing phuong.
C. AB, AC khong cung phuong. D. 4B, AC cung huéng.
Loi giai
Chon C
Taco AB=(6; 0), AC=(0; 6)=> 4B, AC khong cing phuong.
Trong hé toa o Oxy, cho bén diém A(3; -2), B(7; 1), C(0; 1), D(-8; —5). Khang dinh

nao sau day dung?

A. 4B, CD 1a hai vecto d6i nhau. B. AB, CD ngugc huéng.

C. AB, CD cung hudng. D. 4, B, C, D thing hang,
Loi giai

Chon' B

Tacd AB= (4; 3), CD= (-8 —6)= —24B = AB, CD nguoc hudng.

Cho u =(3; -2), v = (1; 6). Chon khang dinh dung?

A. u+v va a=(-4; 4) ngugc hudéng. B. u, v cung phuong.

C. u—v va é=ka+hb cung hudng. D. 2u+v, v cing phuong.
Loi giai

Chon C

Taco u+v=(4 4) va u—v=(2; -8)

4 4 - .
Xét ti so —4¢Z:> u+v va a=(—4; 4) khong cing phuong. Loai A

3 2 - - .
Xét ti sO 7 # r3 = u, v khong cung phuong. Loai B

2 - oL
Xét ti s0 €=784=3>0:>u—v va b=(6; —24) cung hudng.

Khiang dinh nao sau day 1a dung?

A. Zz=(—5; 0), E=(—4; 0) cung hudng. B. E:(7; 3) la vecto di cua 2=(—7; 3).

C. ﬁ=(4; 2), ;=(8; 3) cung phuong. D. 212(6; 3), B=(2; 1) ngugc hudng.
Loi giai

Chon'A

- 5 5. . -
Taco a= (—5; 0) = Z(_4; O) = Zb = a, b cung huong.
Céac diém va cac vecto sau day cho trong h¢ truc (O ;;,}') (gia thiét m, n, p ,q lanhiing s6 thuc
khac 0). Ménh dé& nao sau day sai?
A.a=(m;0)<dlli. B.b=(0;n)=H/].
C. biém A(n ; p)ex'Ox & n=0. D. 4(0; p),B(q; p) thi AB//x'Ox.
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Loi giai
Chon C

A(n; p)ex'Ox < p=0.

Cau 9: Hai vecto nao sau day khong cung phuong:

A.a=(3;5) va5=(—9;—21. B. ¢ va —4c.
777
C.f:(l;o) va ﬁ=(—%;0j- Q.Ez(—x/g;O) vé%:(o;—ﬁ).

Loi giai
Chon'D
m=(—3;0) van=(0;-V3). Tacé: b, —ayhy =(—3)(—/3)-0=320

Vay mvan khong cung phuong.

Cau 10: Cho u=(2x-1;3), v=(1; x+2). C6 hai gia tri x, x, ciia x dé u cing phuong véi v. Tinh

XXy .
A2, B.-2. c.-2. D. -2,
3 3 - 2 3
Loi giai
Chon|C
u, v cung phuong<::>£=i (Vo1 x#-2)
1 x+2

< (2x-1)(x+2)=3<2x" +3x-5=0. Vay x.x, :—%.

Cau 11: Trong mit phang Oxy, cho ba vecto a = (1;2),5 = (=3;1),¢ = (—4;2) . Biét u =3a+2b+4c . Chon

khang dinh dting,
A. U cung phuong voi i. B. u khong cung phuong véi i.
C.u cung phuong véi } D. u vuong goc voi i.
Loi giai
Chon'B
- | x=31+2.(3)+4.(4)=-19 -
Goi u=(x;y). Tacd = u=(-19;16).
y=32+2.1+42=16
Cau 12: Cho bdn diém A(Z;S) , B(l;7), C(I;S)’D(O;9)' Ba diém nao sau ddy thang hang:
A. 4,B,C. B. 4,C,D. C. B,C,D. D. 4,B,D.

Loi giai.
Chon D.

Ta co: ZE(—I;2), Z@(—I;O),Zﬁ(—2;4) = AD =2A4B = 4,B,D thing hang.
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Trong hé toa do Oxy, cho 4 diém A(3;0),B(4;—3),C(8;—1),D(—2;1). Ba diém nao trong bdn
diém da cho thang hang ?
A. B, C,D. B. 4, B, C. C. 4, B, D. D. 4, C, D.
Loi giai
Chon'D
Tacé AC =(5;-1);AD=(~5;1)= AC=-AD. Vaybadiém 4, C, D thing hang.

Trong mt phang Oxy cho A(-2m;—m),B(2m;m). Véi gid tri nao cua m thi dudng thang AB

diquaO?

A.m=3. B. m=5. C. VmeR.. D. Khong c6 m .
Loi giai

Chon C

Taco OA =(-2m; —m), OB =(2m; m). Pudng thing 4B diqua O khi OA, OB cing phuong

Mt khéc ta thiy OA =(—2m; —m) =—(2m; m)=—5§, VmeR nén AB diqua O, VmeR.

Cho 2 diém A4(-2;-3),B(4;7). Tim diém M e y'Oy thang hang véi 4 va B.
A M(%;O). B. M(%;O]. C. M (1;0). D. M(—%;Oj.

Loi giai
Chon'B
M e y'Oy = M (0; m). AM =(2; m+3); AB=(6;10).

Dé 4, B, M thang hang thi %=m1—:;3<:>3(m+3)=10<:>m=%.

Ba diém nao sau day khéng thing hang ?

A. M(—2;4),N(—2;7),P(—2;2). B. M(—2;4),N(5;4),P(7;4).

C. M (3;5),N(-2:5),P(-27). D. M (5;-5),N(7;-7),P(-2;2).
Loi giai

Chon|C

C. MN =(-5; 0),MP =(-5; 2) = MN , MP khong cing phuong

= M, N, P khong thing hang.

Cho ba diém A(2;-4),B(6;0),C(m; 4).Pinh m dé 4,B,C thing hang?

A. m=10. B. m=-6. C.m=2. D. m=-10.
Loi giai

Chon'A

Zgz(4;4);26:(m—2;8).
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Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

A, B, C thing hang < AB, AC cung phuo’ng<:>mT—2=%<:> m=10.

Cho A4(0;-2), B(-3;1). Tim toa do giao diém M ciia AB véi truc x'Ox.

A. M(=2;0). B. M(2;0). C. M(—%;O). D. M(0;-2).
Loi giai

Chon'A

M(x;0)ex'Ox= AM =(x;2); AB=(-3;3).

, —_— 2
A, B, M thang hang < AB, AM cung phuong < 13 =—ox=-2.

3
Vay, M(-2;0).
Cho bdn diém A(1;-1), B(2;4),C(-2;-7), D(3;3) . Ba diém nao trong bén diém da cho thing hang?
A. 4,B,C. B. A4.B,D. C. B,C,D. D. 4,C,D.
Loi giai
Chon'D

AB =(1;5), AC = (-3;-6),AD = (2;4) = AC = —%E — A4,C, D thang hang.

Cho hai diém M(—2;2),N(1;1). Tim toa do diém P trén Ox sao cho 3 diém M,N,P théng

hang.

A. P(0;4). B. P(0;—4). C. P(-4;0). D. P(4;0).
Loi gidi

Chon' D

Do P e Ox nén P(x;0), ma ]\W):(x+2;—2);]\TN: (3;-1)

Do M, N, P thing hang nén xgzz_—§<:>x:4.

Cho 3 vecto a = (5:3); b= (4;2) c= (2;0). Hay phén tich vecto ¢ theo 2 vecto a va b .

A. c=2a-3b. B.c=-2a+3b. C.c=a-b. D.c=a-2b.
Loi giai
Chon B

Sm+4n=2 {m=—2

Gia su Ezm;l+n5,tacé: &
3m+2n=0 n=3

Trong hé toa dd Oxy, cho bon diem 4(2; 1), B(2; -1), C(-2; -3), D(-2; —1). Xét ba
ménh dé:
(1) ABCD 12 hinh thoi.

(H ) ABCD 14 hinh binh hanh.
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Cau 23:

Cau 24:

Cau 25:

(III) AC cét BD tai M(0; —1).

Chon khang dinh dang

A. Chi (1) dung. B. Chi (/) dung.

C. Chi (1) va (III) ding. D. Cé ba déu dung.
Loi giai

Chon' C

Tacd AB=(0; —2), DC =(0; —2)—222% 4BCD 1a hinh binh hanh,
Trung diém AC 1a (0; —1)= (III) dung.

AC=(—4; -4), BD=(~4; 0)= AC.BD=16#0<> AC, BD khong vudng goc nhau.

Trong hé toa dd Oxy, cho hai diém A(2; —3), B(3; 4). Tim toa do diém M trén truc hoanh
sao cho 4, B,M thing hang.
5 1 17
A. M(1; 0). B. M (4; 0). C.M|—=; ——|. D. M| —; 0].
33 7
Loi giai

Chon' D
DPiém M er:>M(m; O).
Taco AB=(1; 7) va AM =(m-2; 3).
Dé 4,B,M thing hang < m=2 =i<:> m =1—7.

1 7 7
Trong mit phing toa do Oxy, cho ba diém A(6,3), B(-3;6), C(1,-2). Xac dinh diém E trén
canh BC sao cho BE =2EC.
A. E(_l,-ij. B. E(_l;_ij. E(E _lj D. E[——,—j

33 3 3 3 3 33
Loi giai

ChigiA
Vi E thugc doan BC va BE = 2EC suyra BE = 2EC
Goi E(x;y) khidé BE(x+3;y-6), EC(1-x,-2~y)

. 1

+3=2(1- T3
Do do * ( x) = 3
y—6= 2(—2 —y) 2
y —_ —
3
1 2
Vay E| ——;=|.
y (352 ]

Trong mit phang toa @ Oxy, cho ba diém A(6;3), B[—é%) C(1;,-2), D(15;0). Xac dinh

giao diém 7 hai duong thang BD va AC.
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Cau 26:

Cau 27:

A 1(1,-—1) B. 1(—1 lj.
272 22

Chon' D

c. 1[_1,-_1]. D. z(l,-lj.
22 22

Loi gidi
Goi I(x;y) la giao diém cua BD va AC.

. . 3(x—15
Do d6 DI(x—lS;y),DB(—?;%) cung phuong suy ra (XT6):37yz>x+23y—15:0 (1)

— . x—6 y-3
Al (x—6;y—3), AC(-5,-5) cung phuong suy ra 5 y5 =x-y-3=0(2)

1
Tu (1) va(2) suyra x=% va y:E

Vay giao diém hai duong thing BD va AC 1a I (% %)

Cho badiém A(-1,-1), B(0;1), C(3;0). Xé4c dinh toa d6 diém D biét D thudc doan thing BC
va 2BD =5DC.

A. (E;Ej, B. (_1_5,-3). C. [3;1—5) D. (1—5,—3).
7 7 7 7 7 7 7 7
Loi gidi
Chon' A
Ta c6 2BD =5DC, BD(x,;y, ~1),DC(3-x,,~¥,)

—_—

_b
Dodé{ (yD—1§(= (_))<:> yZ:;:D(ITS;%J.
7

Cho tam gidc ABC c6 A(3;4), B(2;1), C(-1;-2).Tim diém M trén duong thing BC sao cho
S ipc =3S i -

A M, (0;1), M, (3;2). B. M,(1;0), M, (3:2).C. M,(1;0), M, (2:3).D. M, (0;1), M, (2;3).
Loi gidi
Chon'B
TacoS . =3S,,, < BC=3BM = BC =+3BM
Goi M (x;y)= BM (x—2;y—1); BC(-3;-3)
—3:3(x—2) x=1__ —3:—3(x—2) x=3
Suy ra = hodc =
-3=3(y-1)  |y=0 3

Vay c6 hai diém théa man M, (1,0), M, (3;2).
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Cau 28: Cho hinh binh hanh ABCD ¢6 A(—2;3) vatam I(1;1). Biétdiém K (—1;2) nam trén duong
thang AB va diém D c6 hoanh d¢ gap d6i tung do. Tim cac dinh B,D ciia hinh binh hanh.

A. B(2:1), D(0;1).  B. B(0;1); D(4;-1).. C. B(0;1); D(2/1),. D. B(2;1), D(4,-1).

Loi giai
Chon.C
Taco I 1atrung diém AC nén C(4;-1)
Goi D(2a;a)= B(2-2a;2-a)
AK (1,-1), 4B(4-2a,~1-a)
e . 4-2a -l-a
Vi AK, AB cung phuong nén T =a=1=D(2,1), B(01).
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PHUONG PHAP TOA PO
TRONG MAT PHANG

Vil

CHUONG |

BAI 2. PHUONG TRINH PUONG THANG

<0> LY THUYET.

1. PHUONG TRINH DPUONG THANG

a. Véc to' chi phwong va vecto phap tuyén ciia dwong thiang

- Vecto u = 0 duoc goi 1a vecto chi phuwong (VTCP) ciia dudng thing A néu gia cia nd
song song hodc trung voi A.

.
WO
AJ
LY
LY

Hinh 7.2b
Nhan xét:

+ Néu u 1a mot vicp ciia duong thing d thi ku , (k#0) ciing 1a mot véc to chi
phuong cua d .

+ Mot duong thang xac dinh khi biét mot vtep va mot diém ma né di qua.

- Vecto ; = 6 goi 12 vecto phap tuyén (VITPT) ciia A néu gia ciia nd vudng goc véi A
y i
I'h
L1
\V .
L
LY

O / 1\‘ -)-(

1 )

L
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Nhéan xét:
a) Néu n 1a mét vtpt ctia duong thing d thi k.1 , (k#0) ciing 1a mot vtpt ciad .
b) Néu n 1a mot VTPT ctia duong thing d va u 1a mot VTCP cia duong thing d
thi nu=0.
¢) Mot duong thiang xac dinh khi biét mot VTPT va mo diém né di qua.

LIEN HE GIUA VICP VA VTPT

& "'n. o
! ’
e
" - i
= i Wix; v)
{ M
.-_.-"
.-'.--..-
= m— ..-'-.. x =
|:.-i __."'- .'I'I T
Hinh 1

1. T nhan xét “Néu n 1a mot VTPT cua duong thing d va u 1a mot VTCP cua dudng thing
d thi nu=0" tarat ra dugc: néu n=(4;B) la mot VTPT cta duong thing d thi mot VICP

cua d la ;:(B;—A) ( hodc ;tz(—B;A)).

2. Tl nhan xét “Néu n 1a mot VTPT ctia duong thing d va u 1a mot VTCP cia duong thing
d thi nu =07 tarat ra duge: néu u = (a;b) 1a mot VTCP cua dudng thang d thi mot VIPT
clia d 1a n= (=b;a) (hodc n= (b;—a)).

Hai nhan xét trén giup ich rat nhiéu trong viéc chuyén ddi qua lai gita cac dang phuong trinh
duong thang. Tir PTTQ ta c6 thé chuyén sang PTTS va nguoc lai.

b. Phwong trinh tham s ciia dwong thing
Cho duong thing A di qua diém A(x,;, ) va c6 vecto chi phuong u(a;b). Khi do

diém M (x;y)thudc dudng thing A khi va chi khi tn tai s6 thuc ¢ sao cho AM =1tu,

x=Xx,+tat
)
y=y,+bt

hay

Hé (2) duoc goi 1a phuong trinh tham s6 ciia dudng thing A (t 13 tham sd).
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Dudng thang d di qua diém M (x,;,) va ¢6 vtep u =(a;b) thi c6 phuong trinh tham

xX=Xx,+at
y=y,+bt

s6 1a | (Mbi diém M bat ky thudc dwong thang (d) twong 1ing voi duy nhat

mot s6 thue t e R va nguoc lai).
Nhinxét: A € A & Az, + at;y, +0t),t € R

x=Xx,+tat

y=y,+bt

Trong mit phing voi hé toa dd Oxy , moi phuong trinh dang { voi a> +b> #0

déu 1a phuong trinh clia dudng thing d c6 mot vtep 1a u =(a;b).

b. Phuong trinh tong quat (PTTQ) ciia dwdong thing

Trong mit phing toa dd, moi dudng thang déu c6 phuong trinh tong quat dang
ax+by+c=0, véi a va b khong dong thoi bang 0. Nguoc lai, mdi phuong trinh dang
ax+by+c=0,v6i a va bkhong dong thoi bang 0, déu 13 phuong trinh ciia mot duong

thang, nhan 7(a;b)1a mot vecto phap tuyén.

1. Buong thing d di qua diém M (x,;»,) va c6 VTPT n=(A;B) thi c phuong trinh

tong quat 1a |4(x—x,)+B(y—y,)=0.

2. Nguogc lai, trong mat phéng voli hé toa d0 Oxy moi phuong trinh dang
Ax+By+C = O(A2 +B*# 0) déu 1a phuong trinh tong quét ciia duong thang d c¢6 VTPT
n=(A;B).

3. Mt s6 truong hop diic biét cia PTTQ Ax+ By +C =0(4> + B* #0).

a) Néu 4 =0 phuong trinh tré thanh By+C=0< y= —% duong thang song song

véi truc hoanh Ox va cit truc tung Oy tai diém M (0;—%}.

b) Néu B =0 phuong trinh tr¢ thanh Ax+C=0< x = —% duong thiang song song
. . L . . C
véi truc tung Oy va cat truc hoanh Ox tai M (—Z;Oj.

¢) Néu C =0 phuong trinh tré thanh Ax+ By =0 dudng thing di qua gbc toa do
0(0;0).

d) Puong thiang c6 dang y =ax+b, (trong d6 a duge goi la hé sb goc cua duong

thang ) ¢6 VTPT la n =(a;-1). Nguoc lai dudng thang 6 VIPT n=(4;B) thi co

hé sb goc la —é.
B
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e) Duong thing d di qua diém A(a;0) va B(0;b) c6 phuong trinh la £+% =1.
a

d. Phuong trinh chinh tic ciia dwong thing

Dudng thing d di qua diém M (x,;y,) vaco viep u=(a;b) voi a #0,b#0 c6 phuong

X% _ Y=l
a b

Vi du: Viét phuong trinh tham sb va phuong trinh tong quat cua duong thang d trong cac

trinh chinh tic 1a:

truong hop sau:
a) Puong thing d di qua diém A(2; 1) va ¢ vecto chi phuong U = (3; 2);
b) Puong thing d di qua diém B(3; 3) va c¢6 vecto phap tuyén 71 = (5; -2);
¢) Puong thing d di qua hai diém C(1; 1), D(3;5).

Giai

a) Puong thang d di qua diém A(2; 1) va c¢6 vecto chi phuong % = (3; 2), nén ta c6 phuong
trinh tham s6 cta d la:

{x=2+3t
y=1+2t

blog hotrohoctap.com

Puong thang d c6 vecto chi phuong % = (3; 2) nén ¢o vecto phap tuyén 7 = (2; -3).
Phuong trinh tong quat ctia d 1a: 2(x —2) —3(y— 1) =0 < 2x =3y — 1 =0.

b) Pudng thang d ¢ vecto phap tuyén 7 = (5; -2) nén c6 vecto chi phuong % = (2; 5).
Phuong trinh tham s6 ciia d 1a:

{x = 3+ 2t
y = 3+5t

Phuong trinh tong quat cta d 1a: 5(x —3) —=2(y —3) =0 < 5x — 2y — 9= 0.
¢) Puong thing d di qua hai diém C(1; 1),D(3; 5) nén c6 vecto chi phuong % = CD = (2;4)

va ¢6 vecto phap tuyén 71 = (4; -2).
Phuong trinh tham s6 cta d 1a: {; _

Phuong trinh tong quat cua d la:
4x-1)=-2(y-1)=0L4x-2y-2=02x—-y—-1=0
2. VI TRI TUONG POI GIUA HAI PUONG THANG
Trong mdt phang véi hé toa do0 Oxy, cho hai duong thing d :ax+by+c, =0 va
d,:a,x+b,y+c,=0.
Néu 711 va 71, cing phuong thi A; va Az song song hoic tring nhau. Ly mét diém P tuy ¥ trén

Ar.
e Né&uPeA thiA = A
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e NE&uP¢&A thiA /Ao

Néu 7 va i1, khong cing phuong thi A; va A, cét nhau tai mot diém M(xo; o) Vi (xo; yo) 1a
nghi¢m cua hé phuong trinh:
{alx +b;y+c, =0
ax +byy+c, =0’
Chuy 1:
a) Néu 7, . 12 =0 thi 711 L 7ia, suyra Ay L A;.
b) Dé xét hai vecto 711 (a1; br) va 712 (az; ba) cung phuong hay khong cing phuong, ta xét biéu
thirc aibi — axba:
e Néuab;— asby= 0 thi hai vecto cing phuong.
e  Néuajb;—asby # 0 thi hai vecto khong cung phuong.
Chii y 2: Trong mit phang v6i hé toa dd Oxy, cho hai dudng thang d:ax+by+c =0 va
d,:a,x+b,y+c,=0.
DPé xét vi tri twong ddi cta hai duong thing nay ta xét sd nghiém cua hé phuong trinh
ax+by+c =0
a,x+b,y+c,=0

(0.1)

+Néuhé (1.1) c6 duy nhat 1 nghiém ta néi hai duong thang trén cit nhau toa df giao diém chinh
la nghiém cua hé phuong trinh noi trén.

+Néu h¢ (1.1) v6 nghiém ta néi hai duong thing néi trén song song véi nhau.

+ Néu hé (1 . 1) nghiém dung véi moi x € R thi hai dudng thing trén tring nhau.

+ Tuy nhién dé thuan tién cho viéc xét nhanh vi tri twong dbi ciia hai duong thang ta chd y nhan
xét sau

Nhan xét. Néu a,b,c, #0 taco

a) ﬁiﬁadlmdzz{l}
a, b

b)i=’;—l¢ﬁ©dl//d2

a, » O
Y RC DI
a, b, ¢
2. GOC GIUA HAI PUONG THANG

Trong mit phiang v6i hé toa dd Oxy, cho hai dudng thing Azax+by+c =0 va
A, :ax+by+c,=0.
Khai ni¢m géc giira hai dwong thing
Hai duong thang A; va A; cét nhau tao thanh bon goc.

e Néu A, khong vudng goc voi Az thi goc nhon trong bdn goc d6 duoc goi 1a goc giira hai
duong thang A; va A,.
e Néu A; vudng goc v6i Az thi ta noi goc gitta Ay va A bang 90°.

Ta quy udc: Néu A; va Ay song song hodc trung nhau thi goc giita A va Az bang 0°. Nhu vay
goc a gitta hai dudng thang ludn thoa man: 0° < a < 90°.

Page 5



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Goc giira hai duong thang A1 va A duogce ki hiéu 1a (AT, A2 ) hoidc (A1, Ay).

Khi hai dudng thing cit nhau goc giira hai dudng thiang duoc tinh theo cong thc:

LRI |a1a2 +b1b2|

m | a2 o7 a2+ 2

4. KHOANG CACH TU MOQT PIEM PEN MOT PUONG THANG
Trong mit phang véi hé toa dd Oxy, cho duong thang A:ax+by+c=0 va diém M, (x5 %, ) -

cos(Al;A2)=|

Khi d6 khoang cach tir diém M, 0 dén duong thang A duoc tinh theo cong thuc:

3 |ax0 +by, + c|

Ja* +b?

d(M;A)

0°

<‘> BAI TAP.

Cau 1. Trong mit phing toa do, cho 7= (2;1),; =(3;2),4(1;3),B(-21).
a) Lap phuong trinh tong quét ctia duong thing A, diqua A vaco vecto phap tuyén n
b) Lap phuong trinh tham s ciia dudng thang A, diqua B vaco vecto chi phuong v.
¢) Lap phuong trinh tham s ciia dudng thang AB.

Céu 2. Lap phuong trinh tong quat clia céc truc toa do.

. x=1+2t
Cau 3. Cho hai duong thang A, : va A, :2x+3y-5=0.
y=3+5¢

a) Lap phuong trinh tong quat cta A,.  b) Lap phuong trinh tham s6 cua A,.
Céu 4. Trong mit phing toa do, cho tam gidc ABC c6 A(1;2),B(3;0) va C(-2;-1).

a) Lap phuong trinh duong cao ké tir 4. b) Lap phuong trinh dudng trung tuyén ké tir B.
Cau 5. (Phuong trinh doan chin cta dudng thing )
Chimg minh rang, duong thing di qua hai diém 4(a;0),B(0;b) véi ab = 0(H.7.3) c6 phuong
Y1

\ . X
trinh la;: —+=
a
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Cau 6. Theo Google Maps, san bay Noi Bai c6 vi do 1a 21,2° Bic, kinh d6 105,8° Pong, san bay ba
Néng c6 vi d6 1a 16,1° Bic, kinh d6 108,2° Dong. Mot may bay, bay tir Noi Bai dén san bay Da
Nang. Tai thoi diém ¢ gio, tinh tir lic xudt phat, may bay & vi tri c6 vi @6 x° Bic, kinh d6 »°

bong duoc tinh theo cong thure

x=212-13,
40
y:105,8+%t

a) Hoi chuyén tir Ha Noi dén Pa Ning mat miy gio?
b) Tai thoi diém 1 gid ké tir lac ct canh, may bay di bay qua vi tuyén 17 (17° Béc) chua?
Céu 7. Xét vi tri trong ddi gitra cac cip duong thang sau:
a) A :3\/5x+\/§y—\/§:0 va A, :6x+2y—\/g=0.
b) d,:x—3y+2=0 va d, :\Bx=3y+2=0.
c) m:x—=2y+1=0 va m,:3x+y-2=0.
Cau 8. Tinh goc giira cac cip duong thing sau:
a) A :\/§x+y—4=0 va A, :x+\/§y+3=0.
=—1+2¢ =3+ .
b) d, : * vad,: * g (t, sla cac tham s0).
y=3+4t y=1-3s
Cau 9. Trong mit phiang toa dd Oxy, cho diém A(O; —2)Vé duong thing A:x+y—-4=0.
a) Tinh khoang cach tir diém A dén duong thing A.
b) Viét phuong trinh dudng thang a di qua diém M (—1; 0) va song song voi A.
¢) Viét phuong trinh dudng thang b di qua diém N (0;3) va vudng gbéc véi A.
Cau 10. Trong mat phéng toa d9, cho tam gidc ABC c6 A(I;O), B(3;2) va C(—2;—1).
a) Tinh d6 dai duong cao ké tir dinh A cua tam giac ABC .
b) Tinh dién tich tam giac ABC .
Céu 11. Chimg minh ring hai dudng thing d:y=ax+b (a # 0) vad:y=adx+b (a’ #* O) vuong
goc v6i nhau khi va chi khi aa’ =-1.
Cau 12. Trong mat phang toa do, mot tin hi¢u am thanh phat di tir mdt vi tri va duoc ba thiét bi ghi
tin hiéu dat tai ba vi tri O(O; 0), A(I;O), B(1;3) nhan duoc cung mot thoi diém. Hay xac dinh

vi tri phat tin hi¢u am thanh.

@ HE THONG BAI TAP.

DANG 1: XAC PINH VTCP, VIPT CUA PUONG THANG

{ Tich vé huéng hai vt, géc giita hai vt, do dai vt, do dai dwong trung tuyén, phan gidc,dwong cao, dién
tich tam giac, chu vi tam giac...}

<0> PHUONG PHAP.
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1. Trong mit phang véi hé toa 40 Oxy phuong trinh dang Ax+ By +C = O(A2 +B* # 0)
c6 VTPT n=(A;B).

x=Xx,+tat

y=y,+bt

2. Trong mat phéng v6oihé toadd Oxy , moi phuong trinh dang { voi a® +b* #0
déu 1a phuong trinh ctia dudng thing d ¢ mot vtep 1a u =(a;b).

3. Néu dudng thang d co n=(4;B) la mot VTPT thi mot VTCP ciia d 1a u=(B;—A)
(hodc u =(~B; A)).

4. Néu duong thang d ¢6 u=(a;b) 1a mot VTCP thi mot VTPT cia d 1a n=(-b;a)
(hodc n=(b;—a)).

5. Puong thing di qua 2 diém A4, B thinhan AB lam VTCP.

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Caiu 5:

Ciu 6:

R , , \ 2 x=2+43
Mot vecto chi phuong ctia dudng thang 13— la:
y=-3-

A. u, =(2;-3). B. u, =(3;-1). C.u;=(31). D. u, =(3;-3)
Mot vecto phap tuyén ctia duong thang 2x—3y+6=0 1a:
A. n, =(2-3) B. n, =(2;3) C. n,=(32) D. n, =(-3;2)
) ) \ 2 Xy \
Vecto chi phuong ctia duong thang 3 + 5= 1 la:
A us =(-2;3) B. uy =(3;-2) C. us =(3;2) D. u1 =(2;3)
Vecto nao dudi day 13 mot vecto chi phuong cta dudng thing di qua hai diém A(—3;2) va
B(1;4)?
A. u, =(-1;2). B. u, =(2;1). C. u, =(-2;6). D. u, =(L1).
Vecto ndo dudi day 1a mot vecto phdp tuyén cia dudng thang di qua hai diém A4(2;3) va
B(41)?
A. 1 =(2;-2). B. n, =(2;-1). C. n,=(L;1). D. n, =(1;-2).
Cho phuong trinh: ax+by+c=0(1) v6i a’ +b* > 0. Ménh dé nao sau day sai?
A. (1) 1a phuong trinh tong quat clia dudng thang c6 vecto phap tuyén la n=(a;b).
B. a=0 (1) la phuong trinh duong thing song song hodc tring véi truc ox.
C. b=0 (1) 1a phuong trinh duong thing song song hogc tring véi truc oy.
D. Diém M (x,;,) thudc duong thang (1) khi va chi khi ax, +by, +c #0.
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Cau 7:

Caiu 8:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Ménh dé nao sau day sai? Puong thing (d ) duoc xac dinh khi biét.

A. Mot vecto phap tuyén hodc mot vec to chi phuong.
B. Hé s6 goc va mot diém thude duong thang.
C. Mot diém thudc (d) va biét (d) song song véi mot duong thang cho trude.

D. Hai diém phan biét thudc (d).

Dudng thing (d) 6 vecto phap tuyén 7 =(a;b). Ménh dé nio sau day sai?
)
)

C. n' =(ka;kb)k € R 1a vecto phap tuyén ciia (d).

A. ur =(b;—a) 1a vecto chi phuong ciia (d).

B. u2 =(~b;a) la vecto chi phuong ciia (d).

D. (d) c6 hé s6 goc k=2 (b#0).
a

Cho duong thang (d): 2x+3y—4=0. Vecto nio sau ddy la vecto phap tuyén cua (d)?
A. n =(3;2). B. 1, =(—4;-6). C. n,=(2;-3). D. n, =(-2;3).

Cho duong thing (d):3x—7y+15=0. Ménh dé ndo sau day sai?
A. u=(7;3)1a vecto chi phuong ciia ().

B. (d)c6 hé sb goc k =%.

C. (d) khong di qua goc toa do.

D. (d) di qua hai diémM(—%ﬂjva N(5;0).

R 2 x=2-3t 4. R 7 3 , e e, e ,
Cho duong thang (d): AL diem 4 5;—2 . biém 4 e(d) tng voi gia tri nao cua t?
y=-1+
A.t:i. B.t:l. C.t:—l. D.t=2
2 2 2

x=2+3t ., . ) ) )
Cho(d): s biém nao sau day khong thudc (d)?

y=°-
A. A(5;3). B. B(2;5). C. C(-1;9). D. D(8;-3).
Mot dudng thang c6 bao nhiéu vecto chi phuong?
AL B.2. C.3. D. V6 s0.
Mot duong thang c6 bao nhiéu vecto phap tuyén?
Al B.2 C.3 D. Vb sb.

. . x=2
Vecto nao dudi day 1a mot vecto chi phuong cia duong thang d : { 1+ 61 ?
y=-1+

A. u; =(6;0). B. u, =(-6;0). C. u, =(2;6). D. u, =(0;1).
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1
. =5-——t
Cau 16: Vecto nao dudi day 1a mot vecto chi phuong cua duong thang A : * 2 ?
y=-3+3¢
A uy =(-1;3) B.@:G;sj C.%—§=2 D. 6x—2y-8=0

Céiu 17: Cho duodng thang A c¢6 phuong trinh tong quat: —2x+3y —1=0. Vecto ndo sau day 1 vecto chi
phuong ctia dudng thang A .
A. (3;2). B. (2;3). C. (-3;2). D. (2;-3).

Céu 18: Cho duong thang A c6 phuong trinh téng quat: —2x+3y—1=0. Vecto ndo sau diy khong la
vecto chi phuong cia A

A. (1%) B. (3:2). C. (2:3). D. (-3;-2).

Cau 19: Duong théng A:5x+3y =15 tao véi céc truc toa do mot tam gidc co6 dién tich béng bao nhiéu?
A. 7,5. B. 5. C. 15. D. 3.

DANG 2: VIET PHUONG TRINH PUONG THANG THOA MAN MQT SO TINH CHAT CHO
TRUOC

{ Tinh chdt cho truée givip tim dwoc: mot diém thude dwong thang va mét VICP (hay VIPT);
tim duge cac hé s6 A, B, C trong phwong trinh tong qudt, ...}

<0> PHUONG PHAP.

1. DBuong thing d di qua diém M (x,;y,) va o vtep u =(a;b) thi c6 phuong trinh tham

xX=Xx,+at
y=y,+bt

sd 1a | ( Mbi diém M bat ky thuée dwong thang (d) twong ing véi duy nhat

mot s6 thue t e R va nguoc lai).

2. Dudng thing d di qua diém M (x,;,) vacé vtep u=(a;b) v6i a#0,b#0 c6 phuong

X% _ Y=

a b

trinh chinh tic 1a:

3. Puong thing d di qua diém M (x,;,) vaco VIPT n=(A;B) thi c6 phuong trinh tong

quat 1a A(x—x0)+B(y—y0):0 .

@ BAI TAP TU LUAN.

2.1. Viét PTTS ciia dwdng thang.

Caul: Viét phuong trinh tham s6 ciia dudng thing A qua A(3;~1) va c6 VTCP u =(-2;3).
Cau2: Viét PTTS cua dudng thing 4B biét 4(3;1),B(-13).

Cau3: Viét PTTS cia duong thang A qua M (—1;7) va song song véi truc Ox.
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Cau4: Cho duong thing d :xT_2=l. Viét PTTS ctia duong thing A qua 1(2017;2018) va song

song voi duong thing d .

Cau5: Cho 4(3;1) va B(-3;5). Viét PTTS ciia dudng thang A 14 trung truc ciia doan thang 4B .

2.2. Viét PTTQ ciia duong thing

Caul: Viét PTTQ cta duong thing o di qua K (-1;5) vacod VIPT n=(2;1).

Cau2: Viét PTTQ cia dudng thing A di qua K (3;—2) va song song voi duong thing
d:x-5y+2017=0.

Cau3: ViétPTTQ ctia A la duong trung truc cia doan thang AB véi A(—4;-1),B(2;3).

Cau4: Viét PTTQ cua dudng thang qua hai diem A(5;0) va B(0;-2).

Cau5:  Cho tam gidc ABC c6 A(2;-1);B(4;5);C(=3;2). Viét phuong trinh tong quét ciia dudng cao
AH cuatam giac ABC.

2.3. Bai toan chuyén doi qua lai giira cac dang phwong trinh.

x=1-2

. t ‘ .
Cau 1: Cho duong thang A{ . Viet PTTQ cua duong thing.

y=3+t
Cau2: Cho dudng thing A:2x—3y—3=0. Viét PTTS cua dudng thing.

2.4. Bai tap tong hop vé viét phwong trinh dwong thing

Caul: Cho tam gidc ABC véi A(2;3);B(—4;5);C(6;=5). M,N lan luot 1a trung diém cua 4B va
AC . Phuong trinh tham s cta duong trung binh MN 1a:

Cau 2: Phuong trinh duong théng di qua diém M (5; —3) va cét hai truc toa do tai hai diém A va B sao
cho M 1a trung diém cua AB la:

Cau3: Cho badiém A(1;1);8(2;0);C(3;4). Viét phuong trinh dudng thang di qua 4 va cach déu hai
diém B,C.

Cau4: DPuong thing d :%+%= 1,véi a=0, b=0,diquadiém M (-1;6) va tao véi cac tia Ox, Oy
mot tam giac co dién tich bang 4. Tinh S =a+2b.

Cau5: Cho tam gidc ABC biét tryc tim H (1;1) va phuong trinh canh AB:5x—2y+6=0, phuong
trinh canh AC :4x+7y—21=0. Phuong trinh canh BC la

Cau 6: Goi H latruc tm cta tam gidc ABC . Phuong trinh cac canh va dudng cao cia tam giac la AB
:Tx—y+4=0; BH: 2x+y—-4=0; AH: x—y—2=0.Phuong trinh dudong cao CH cua tam
giac ABC la

Cau7: Trong mit phiang v6i hé truc toa d6 Oxy, cho hai dudng thing A x—y+1=0,
A,:2x+y—-1=0 va diém P(2;1).Viét phuong trinh dudng thang di qua diém Pva cit hai
duong thang A, A, lan luot tai hai diém A, Bsao cho P 1a trung diém AB .

Cau 8: Trong mit phang toa d6 vudng goc Oxy , cho hai duong thang d vad, 1an lugt c6 phuong trinh:
d:x+y=1, d,:x-3y+3=0. Hay viét phuong trinh duong thiang d d6i xtng voi d, qua
dudng thang d, .
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Cau 9: Trong mit phang véi hé truc toa dd Oxy, cho AABC ¢ dinh A4 (3;0) va phuong trinh hai duong
cao (BB') :2x4+2y-9=0 va (CC'):3x—12y—1 =0 . Viét phuong trinh canh BC.

Cau 10: Cho tam giac ABC, dinh B(2;—1), dudng cao AA4':3x—4y+27=0 va duong phén giac trong
cua géc C la CD:x+2y—-5=0.Khi do phuong trinh canh 4B la

Cau 11: Trong mat phrfmg v61 hé truc toa d§ Descarter vuong goc Oxy , cho AABC cé diém A4 (2; - 1) va
hai duong phan giac trong cta hai goc B, C lan lugt c6 phuong trinh (AB):x—2y+1 =0,
(Ac):x+y+3=0. Viét phuong trinh canh BC.

Cau 12: Trong mat ph'fmg v61 hé truc toa d§ Descarter vuong goc Oxy, cho AABC vudng can tai A4 (4; 1)
va canh huyén BC c6 phuong trinh: 3x—y+5=0. Viét phuong trinh hai canh goc vuong AC
va AB.

Ciau 13: Trong mit phang toa o Oxy, cho tam gidc AABC vuéng tai A4, c6 dinh C(—4;1), phan gidc
trong goc A c6 phuong trinh x+ y—5=0. Viét phuong trinh dudng thang BC, biét dién tich
tam giac AABC bang 24 vadinh 4 c6 hoanh dé duong.

Chu 14: Cho A4ABC c¢6 A(4;-2). Duong cao BH :2x+y—4=0 va dudng cao CK :x—y-3=0. Viét
phuong trinh duong cao ké tur dinh A

Céu 15: Viét Phuong trinh duong thing di qua diém M (2;-3) va cit hai truc toa do tai hai diém A va B

sao cho tam giac OAB vudng can.

Cau 16: Goi H la tryc tdm cua tam gidc ABC. Phuong trinh cac canh va dudng cao cua tam giac la:
AB:7x—y+4=0;BH :2x+y—-4=0;4AH : x— y—2=0. Phuong trinh duong cao CH cua tam
giac ABC la:

Céu 17: Cho tam giac ABC biét tryc tim H (1;1) va phuong trinh canh AB: 5x —2y + 6 = 0, phuong trinh
canh AC:4x+7y—21=0. Phuong trinh canh BC la

<¢> BAI TAP TRAC NGHIEM.

Cau 18: Viét phuong trinh tham s6 clia dudng thang di qua 4(3;4) va c6 vecto chi phuong u = (3;-2)

x=3+3¢ x=3-6¢ x=3+2t x=3+3¢
A. . B. . C. . D. .
y=-2+4t y=-2+4t y=4+3t y=4-2t

Cau 19: Phuong trinh tham s6 ctia dudng thang qua M (1;-1), N(4;3) la

x=3+¢ x=1+3¢ x=3-3¢ x=1+3¢
A. . B. . C. . D. .
y=4—t y=1+4¢ y=4-3t y=—1+4¢

Céu 20: Phuong trinh tong quat ctia duong thing di qua A(l; - 2) va nhan n = (—1; 2) lam véc-to phap

tuyén c6 phuwong trinh 1a
A. —x+2y=0. B. x+2y+4=0. C.x-2y-5=0. D. x-2y+4=0.

Ciu 21: Dudng thang di qua diém A(1;—2) va nhan 71:(—2;4) lam vécto phap tuyén c6 phuong trinh 1a
A. x+2y+4=0. B. x-2y+4=0. C.x-2y-5=0. D. 2x+4y=0.

Ciu 22: Puodngthang d qua A(l; 1) va c6 vécto chi phuong u= (2;3) c¢6 phuong trinh tham s 1a
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Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

x=1-t x=1+2¢ x=2+t x=2t

A. . B. . C. . D. .
y=3-t y=1+3¢ y=3+t y =3t

Phuong trinh duong thing di qua hai diém 4(-2;4), B(-6;1) 1a

A. 3x+4y-10=0. B. 3x-4y+22=0. C.3x-4y+8=0. D. 3x-4y-22=0.

Dudng thang di qua 4(—1;2), nhan 71:(2; —4) lam vecto phép tuyén c6 phuong trinh la
A. x-2y—-4=0. B. x+y+4=0. C. x-2y+5=0. D. —x+2y-4=0.

Phuong trinh tham s6 cita duong thing di qua diém A4(2;—1) va nhan u =(-3;2) lam vecto chi

phuong la
x=-3+2t x=2-3¢ x=-2-3¢ x=-2-3¢
A. . B. . C. . D. .
y=2—t y=—1+2¢ y=1+2¢ y=1+2t
Puong thiang di qua A(—I;Z), nhan 74:(2;—4) lam véc to phéo tuyén c6 phuong trinh 1a:
A. x-2y-4=0 B. x+y+4=0 C. —x+2y-4=0 D. x-2y+5=0

Cho hai diém A4(1;-2), B(-1;2). Dudng trung truc cua doan thing 4B c¢6 phuong trinh 1a

A. 2x+y=0. B. x+2y=0. C.x-2y=0. D. x-2y+1=0.

Lap phuong trinh tong quat dudng thing di qua diém A(2;1) va song song v6i dudng thing
2x+3y-2=0.

A.3x+2y-8=0. B. 2x+3y-7=0. C.3x-2y-4=0. D. 2x+3y+7=0.

x=2+3t

et (reR) vadiém M (-1; 6). Phuong trinh dudng thang di qua
y=-1+

Cho duong thang A :{

M vavudng goc véi A la

A.3x-y+9=0. B. x+3y-17=0. C.3x+y-3=0. D. x-3y+19=0.
Trong mit phiang Oxy, cho duong thing d:x-2y+1=0. Néu duong thing A qua diém
M (l;—l) va A song song v6i d thi A c6 phuong trinh

A. x-2y+3=0. B. x-2y-3=0. C. x-2y+5=0. D. x+2y+1=0.

Viét phuong trinh tong quat cua dudng thang di qua 2 diém 4(0;-5) va B(3;0)

A2y 2o B.-2+2-1. c. XY, p. 221
53 35 35 5 3

Trong mit phang Oxy cho hai diém 4(1;-3), B(-2;5). Viét phuong trinh tong quat cua duong
thang di qua hai diém 4, B.

A. 8x+3y+1=0. B. 8x+3y—-1=0. C. 3x+8y-30=0. D.-3x+8y+30=0.
Cho 4(-2;3), B(4-1). Viét phuong trinh dudng trung truc ciia doan AB .

A. x+y+1=0. B. 2x+3y-5=0. C.3x-2y-1=0. D. 2x-3y+1=0.

Trong mit phang v6i hé toa dd Oxy cho duong thang d :x—2y+1=0 vadiém M (2;3). Phuong

trinh duong thang A di qua diém M va vudng goc véi duong thing 4 1a
A. x+2y-8=0. B. x-2y+4=0. C.2x-y-1=0. D. 2x+y-7=0.
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Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Trong mit phang v6i hé toa dd Oxy cho hai diém A(O;—l), B(3;O) . Phuong trinh duong thang
AB la

A. x-3y+1=0. B. x+3y+3=0. C. x-3y-3=0. D. 3x+y+1=0.
Phuong trinh duong thang di qua hai diém 4(-2;4); B(—6;1) la:

A. 3x+4y-10=0. B.3x-4y+22=0. C.3x-4y+8=0. D. 3x-4y-22=0

Cho dudng thang(d):3x+5y—15=0. Phuong trinh nao sau day khong phai 1 mot dang khéc
cua (d).

A. +§=1. B.y=—%x+3 C. {x:t(teR) D. 3 (teR).

y=35

(AR

Cho dudng thang (d) :x—2y+1=0. Néu duong thing (A) di qua M(l;—l) va song song vdi
(d) thi (A)c6 phuong trinh

A. x-2y-3=0 B. x-2y+5=0 C.x-2y+3=0 D. x+2y+1=0

Cho ba diém A(1;-2),B(5;—4),C(~1;4). Pudng cao A4’ cua tam gidc ABC c6 phuong trinh
A.3x-4y+8=0 B. 3x-4y-11=0 C. 6x+8y+11=0 D.8+6y+13=0
Cho hai diém 4(4;0), B(0;5) . Phuong trinh nao sau day khong phdi la phuong trinh cua duong
thang AB?

—4-4 - -
AT (teR) B.Z:+2o) c. XY D. y="2x+15
y=>5t 4 5 5 4

Cho dudng thing (d):4x-3y+5=0. Néu duong thing (A) di qua gdc toa do va vudng goc
v6i (d) thi (A)c6 phuong trinh:

A. 4x+3y=0 B.3x—-4y=0 C.3x+4y=0 D. 4x-3y=0

Viét phuong trinh tong quét cua dudng thang di qua diem 7(-1;2) va vudng géc véi duong
thang c6 phuong trinh 2x—y+4=0

A, —x+2y-5=0 B. x+2y-3=0 C. x+2y=0 D. x-2y+5=0
Phuong trinh tham s6 ctia dudng thang (d) di qua diém M (-2;3) va vudng géc véi duong thang
(d'):3x—4y+1=01a

x=-2+4¢ x=-2+3f x=-2+3t x=5+4¢
A. B. C. D.

y=34+3t y=3-4¢ y=3+4t y=6-3¢

Cho A4BC ¢6 A(2;-1);B(4;5);C(-3;2). Viét phuong trinh téng quét cia dudng cao AH .
A.3x+7y+1=0 B. 7x+3y+13=0 C. 3x+7y+13=0 D. 7x+3y-11=0

Viét phuong trinh tong quat cua dudng thang di qua diém M (\/5 ;1) va vudng goc voi duong
thang c6 phuong trinh (\/5+ 1)x+<\/§ - l)y =0.

A. (l—ﬁ)x+(\/§+l)y+l—2\/§=0 B. —x+(3+2x/§)y—3—\/§=0
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C. (l—ﬁ)x+(\/§+l)y+1:0 D. —x+(3+2\/§)y—\/§:0
Cau 46: Cho dudng thing (d) di qua diém M (1;3) va c6 vecto chi phuong a =(1;-2). Phuong trinh
nao sau day khong phai la phuong trinh cua (d)?

A. {x 7o B.x—llzyT?’. C. 2x+y-5=0. D. y=-2x-5.
y: + . —_

Cau 47: Cho tam giac ABC c6 A(—2; 3),B(1;—2), C(—S; 4).Du:(‘)’ng trung tryc trung tuyén AM c6 phuong

trinh tham sb

x=2 x=-2-4t x=-2t x=-2
A. B. C. D.
3-2¢. y=3-2t. y=-2+3t y=3-2¢
CAu 48: Cho hai diém A(—2;3);B(4;—1). viét phuong trinh trung truc doan AB.
A. x—y—1=0. B. 2x-3y+1=0. C. 2x+3y-5=0. D. 3x-2y—-1=0.

Ciu 49: Puong thang (d) diqua 7(3;2) cat Ox; Oy tai M, N saocho I la trung diém cia MN . Khi
d6 d6 dai MN bang

A. 52. B. V13. C. 0. D. 2413.
Cau 50: Cho tam gidc ABC vé6i A(2;4); B(21); C(5:0). Trung tuyén CM di qua diém nao dudi day?
A. (14;%}. B. (10;—9. C. (-7;-6). D. (-15).

Cau51: Cho 3 dudng thing (d,):3x-2y+5=0, (d,):2x+4y-7=0, (d,): 3x+4y-1=0. Viét
phuong trinh dudng thang (d) di qua giao diém cta (d,), (d,) va song song véi (d,).
A. 24x+32y-53=0. B. 24x+32y+53=0.
C. 24x-32y+53=0. D. 24x-32y-53=0.

Cau 52: Cho tam giac ABC ¢6 A(—l;—2);B(O;2);C(—2;l) . Pudng trung tuyén BM ¢ phuong trinh 1a:
A. 5x-3y+6=0 B. 3x-5y+10=0 C. x-3y+6=0 D.3x—-y-2=0

Cau 53: Cho tam gidc ABC vé6i A(2;-1);B(4;5);C(-3;2). Phuong trinh tong quét clia duong cao di
qua A cua tam giac la
A.3x+7y+1=0 B. 7x+3y+13=0 C. 3x+7y+13=0 D. 7x+3y-11=0

DANG 3: XET VI TRI TUONG POI CUA HAI PUONG THANG
{cdc bai todn xét vi tri twong doi ciia hai dwong thang, tim diéu kién (c6 chira tham sé m) dé hai dwong
thang song song, cdt, tring, ...}

<0> PHUONG PHAP.

Trong miat phang voi hé toa dd Oxy, cho hai duong thing d:ax+by+c =0 va
d,:a,x+b,y+c,=0. Dé xét vi tri twong ddi cia hai dudng thiang nay ta xét sb nghiém cia hé

+by+c =0
ax 0y Tc 0.2)

phuong trinh
a,x+b,y+c,=0
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Néu h¢ (1 . 1) ¢6 duy nhit 1 nghiém ta néi hai duong thang trén cit nhau toa d6 giao diém chinh
1a nghiém ctia hé phuong trinh néi trén. Néu hé (1 . 1) v6 nghiém ta n6i hai duong thang ndi trén
song song v6i nhau. Néu h¢ (1.1)nghiém dung véi moi x € R thi hai dudng thing trén tring

nhau. Tuy nhién dé thuan tién cho viéc xét nhanh vi tri twong ddi ciia hai duong thang ta cha y
nhan xét sau
Nhan xét. Néu a,b,c, #0 taco

a) ﬂ7r&ﬁ<:>dlma’2:{1}

a, b,
a b ¢
b) —=—=%#—<d,//d,
a, b, «c
);:%_&lezdz

<¢> BAI TAP TU LUAN.

Cau 1:

Cau 2:
Cau 3:
Cau 4:
Cau 5:

Xét vi tri trong ddi cia hai dudng thing 1an lugt c6 phuong trinh X 5_? =2 Vad 6x—2y—-8=0
Xét vi tri twong ddi cua hai duong thang d, 2x+y+15=0 va d, :x—2y—-3=0.

Tim toa d6 giao diém cua hai duong thing 4x -3y —26=0 va 3x+4y—-7=0.

Cho hai duong thang d, :mx+(m—1)y+2m =0 vad,:2x+y—-1=0.Tim m & d,//d,.

Cho ba duong thing d, :mx+(m—1)y+2m =0,d,:4x-3y-26=0 va d,:3x+4y—-7=0 Tim
m dé ba duong thang trén dong quy.

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Cau 3:

Cau 5:

Xét vi tri trong ddi cua hai duong thing d,:x—=2y+1=0 va d,:-3x+6y-10=0.
A. Trung nhau. B. Song song.
C. Vudng goc v6i nhau. D. Cit nhau nhung khong vudng goc nhau.

Xét vi tri twong ddi cua hai duong thing d :3x-2y-6=0vad,:6x-2y—-8=0.
A. Trung nhau. B. Song song.
C. Vudng goc v6i nhau. D. Cit nhau nhung khong vudng goc nhau.

Xét vi tri tvong dbi cua hai duong thing d, ;%%:1 va d,:3x+4y-10=0.

A. Trung nhau. B. Song song.

C. Vudng goc v6i nhau. D. Cit nhau nhung khong vudng goc nhau.
ry ey K+ o . \ 2 x=-3+4t . x=2-2¢
Xét vi tri twong doi cua hai duong thang d, : )t -

y=2-6t y=-8+4t

A. Trung nhau. B. Song song.
C. Vudng goc v6i nhau. D. Cit nhau nhung khong vudng goc nhau.

Cho hai dudng thang (d,):mx+y=m+1,(d,):x+my =2 cat nhau khi va chi khi :
A. m#2. B. m# £l. C. m=#1. D. m#-1.
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Ciu 6:

Cau 7:

Caiu 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Duodng thang (A): 3x—2y—7=0 cit duong thang nao sau day?

A. (d)):3x+2y=0 B. (d,):3x-2y=0

C. (d3):—3x+2y—7:O. D. (d4):6x—4y—14=0.
x=1-2t
y=-3+5¢

A M 2;—E . B. M O;l . C. M 0;—l . D. M —l;O .
2 2 2 2

Phuong trinh ndo sau ddy biéu dién duong thing khong song song voi duong thing
(d) y=2x-1?
A. 2x—y+5=0. B. 2x-y-5=0. C. 2x+y=0. D. 2x+y-5=0.

Giao diém M cua (d):{ va (d'):3x—2y—1=0.Toadd ciia M 1a

x=-2+5t

Hai duong thing (d,):
ai duong thang (d,) {y:Zt

va (d,):4x+3y-18=0. Cit nhau tai diém c6 toa do:

A. (2:3). B. (3;2). C. (1,2). D. (2;1).

Cho hai dudng thing (dl) cmx+y=m+l ,(a’2 ) :x+my =2 song song nhau khi va chi khi

A. m=2. B. m=+l. C. m=1. D. m=-1.

Cho 4 diém 4(1;2),B(4;0),C(1;-3),D(7;-7). X4c dinh vi tri twong ddi clia hai dudng thang
AB va CD.

A. Song song. B. Cit nhau nhung khong vudng goc.

C. Trung nhau. D. Vuong goc nhau.

V6i gia tri nao cia m thi hai duong thing (Al) :3x+4y—-1=0 va (Az) : (2m —1)x+ m’y+1=0
trung nhau.

A.m=2 B. moi m C. khong c6 m D. m=+%1

Trong mit phing véi hé toa dd Oxy , cho ba dudng thang 1an lugt c6 phuong trinh d 3x-4y+15=0
,d,:5x+2y—-1=0 va d, :mx—(2m—1)y+9m—13:0. Tim tt ca cac gia tri cia tham sb m dé

ba duong thang da cho cung di qua mot diém.

A.m:%. B. m=-5. C.m:—%. D. m=5.

Néu ba duong thang d,: 2x+y—-4=0, d,:5x—2y+3=0 va d, :mx+3y—-2=0 dong quy thi
m nhén gia tri nao sau day?

A. 2 B. —2. C. 12. D. -12.

5 5
V6i gid tri nio ciia m thi ba dudng thing d 3x—-4y+15=0, d,:5x+2y—-1=0 va
d,:mx—4y+15=0 dong quy?
A.m=-5. B. m=5. C.m=3. D. m=-3.
Vi giéd tri ndo ciia m thi ba dudng thang d:2x+y-1=0,d,:x+2y+1=0vad,:mx—y—-7=0
ddng quy?
A. m=-6. B. m=6. C.m=-5. D. m=5.
Cho AABC véi A(1;3), B(-2;4), C(-1;5) va dudng thang d :2x—3y+6=0. Duong thing d
cit canh nao cua AABC?
A.Canh AC. B. Khong canh nao.  C. Canh 4B. D. Canh BC.
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A ,o .y . N ” N . N 2 n n , x:1+(m2+1)l
Cau 18: Vo&i gid tri nao cua m thi hai duong thang sau day vudng goc (A1)3

va
y=2—mt
x=2-3¢t
(Az):{y:1—4mt'
A m=13 B. m=—/3 C. m=43 D. khong c6 m
Cau19: Cho 4 diem A(-3;1),B(-9;-3),C(-6;0),D(-2;4). Tim toa do giao diém cua 2 duong thing
AB va CD.
A. (-6;-1) B. (-9;-3) C. (-9;3) D. (0;4)

DANG 4: TINH GOC, KHOANG CACH
{Xdc dinh va tinh géc giita hai dwong thang, khodng cdch tiv diém dén dwong thang, ...}

<0> PHUONG PHAP.

Trong mit phiang voi hé toa dd Oxy, cho hai duong thing d:ax+by+c =0 va

d,  a,x+b,y+c, =0.Khi do goc gitra hai duong thang dugc tinh theo cong thirc.
|a a,+bb |

| _\/a1 +b2\/a2+b2

Trong mit phang v6i hé toa dd Oxy, cho dudng thing A:ax+by+c=0 vadiém M, (x,;,).

nl nz

cos d,,d

Khi d6 khoang cach tir diém M 0 dén duong thing A duoc tinh theo cong thirc:

|ax0 +by, + c|

Ja® +b’

d(My;A)=

@ BAI TAP TU LUAN.

Caul: Tinh khoang cach tir diém M (1;—1) dén duong thang A:3x—4y—17=0

Cau2: Cho hai duong thang d, :2x—4y—3=0 va d, :3x—y+17=0. Tinh s6 do goc giita d, va d, .

Cau 3: Cho hai dudng thang song d :5x=7y+4=0 vad,:5x—7y+6=0. Phuong trinh duong thang
song song va cach déu d, va d, 1a

Cau4: Tinh dién tich tam giac ABC véi A(3;—4), B(1;5), C(3;1) la

Cau5: Cho duong théng di qua hai diém A(3,0) , B (0;4) . Tim toa d6 diém M nam trén Oy sao cho
dién tich tam giac MAB bang 6

x=9+at

.y (reR) va dudng thang
y=/1=

Ciu 6:  Xac dinh tit ca cac gia tri cua a dé goc tao bai dudng thing {
3x+4y—-2=0 bang 45°.

Cau7: Duong thang A di qua giao diém cia hai duong thang d,:2x+y—3=0 va d, :x—-2y+1=0
dong thoi tao véi duong thang d, : y —1=0 mot goc 45° c6 phuong trinh:

Cau8: Trong mit phang toa d6 Oxy, cho diém M (1;—-1) va hai duong thing c6 phuong trinh
(dl) x—y-1= 0,(d2 ) :2x+y—-5=0.Goi A la giao diém cia hai duong thang trén. Biét rang
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

c6 hai duong thang (d) di qua M cét hai dudng thang trén 1an luot tai hai diém B,C sao cho
ABC 1a tam gidc c6 BC=34B c6 dang: ax+y+b=0 va cx+y+d=0, giad tri cua
T=a+b+c+dla

Trong mit phang Oxy, cho hai dudng thing (dl) 2x—y+5=0va (dz) :x+y—3=0 cit nhau
tai 7 . Phuong trinh duong thang di qua M(—Z;O) cat (dl),(dz) tai 4 va B sao cho tam giac
IAB cantai A4 c6 phuong trinh dang ax+by+2=0.Tinh T=a—5b.

Trong mit phang v6i hé toa d6 Oxy, cho hai diém A(L,1), B(-2;4) va dudng thang
A:mx—y+3=0.Tim tat ca cac gia tri cia tham s6 m dé A cach déu hai diém 4, B.

Trong mit phing toa d0 Oxy, goi d 1a duong thang di qua M (4;2) va cach diém A(1;0) khoang

3410

cach o Biét rang phuong trinh duong thang d c6 dangx+by+c=0 voi b,c 1a hai sd
nguyén. Tinh b+c.

Trong mit phang toa dd Oxy cho A:x—y+1=0 va haidiem 4(2; 1), B(9; 6). Diém M (a; b)
nam trén dudng A sao cho MA+MB nho nhét. Tinh a +b.

Trong mit phang vé6i hé toa do Oxy , cho dudng thang d: x — 4y+15=0 va diém A (2; O) . Tim

toa 6 diém M thudc d dé doan AM c6 do dai nho nhét.
Cho 3 diém A(—6;3);B(0;—1);C(3;2). Tim M trén duong thang d:2x—y-3=0 ma

MA + MB + MC|nho nht 1a

Trong mit phiang véi hé toa d6 Oxy, cho tam giac ABC c6 dinh A(2;2), B(1;-3), C(-22).
Piém M thudc truc tung sao cho MA + MB + MC| nhé nhit co tung do 1a?

Trong mit phang toa dd Oxy cho A:x —y+1=0 va hai diém 4(2;1), B(9;6). Diém M (a;b)
nam trén duong Asao cho MA + MB nho nhat. Tinh a +b ta duoc két qua la:

Trong mat phéng v6i hé toa do Oxy ,cho tam gidc ABC c6 dinh A(2; 2) va trung diém cua BC
1al(~1;-2). Piém M (a;b) thoa man 2MA+MB+MC =0. Tinh S=a+b.

Trén mat phrfmg Oxy , cho hinh vuong ABCD. Goi M la trung diém cua canh BC, N la diém
trén canh CD sao cho CN =2ND . Gia st M (%,%) va duong thang AN c6 phuong trinh

2x—y-3=0.Goi P(a;b) la giao diém cta AN va BD.Giatri 2a+b bang:

Trong mit phang toa dd Oxy, cho ttr giac ABCD ndi tiép duong tron dudng kinh BD . Goi M
, N lan luot 13 hinh chiéu vudng goc cia 4 1én BC va BD: goi P la giao diém cia MN va
AC . Biét dudng thang AC 6 phuong trinh x—y—1=0,M (0;4),N(2;2) va hoanh d6 diém
A nho hon 2. Tim toa do cac diém P, A4, B.

Puong thang d : §+% =1, (a#0;b+0) di qua M (-1;6) tao véi tia Ox,Oy mdt tam giac co

dién tich bang 4. Tinh S = a +2b.
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PHUONG PHAP TOA PO
TRONG MAT PHANG

Vil

CHUONG |

BAI 2. PHUONG TRINH PUONG THANG

<0> LY THUYET.

1. PHUONG TRINH DPUONG THANG

a. Véc to' chi phwong va vecto phap tuyén ciia dwong thiang

- Vecto u = 0 duoc goi 1a vecto chi phuwong (VTCP) ciia dudng thing A néu gia cia nd
song song hodc trung voi A.

.
WO
AJ
LY
LY

Hinh 7.2b
Nhan xét:

+ Néu u 1a mot vicp ciia duong thing d thi ku , (k#0) ciing 1a mot véc to chi
phuong cua d .

+ Mot duong thang xac dinh khi biét mot vtep va mot diém ma né di qua.

- Vecto ; = 6 goi 12 vecto phap tuyén (VITPT) ciia A néu gia ciia nd vudng goc véi A
y i
I'h
L1
\V .
L
LY

O / 1\‘ -)-(

1 )

L
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Nhéan xét:
a) Néu n 1a mét vtpt ctia duong thing d thi k.1 , (k#0) ciing 1a mot vtpt ciad .
b) Néu n 1a mot VTPT ctia duong thing d va u 1a mot VTCP cia duong thing d
thi nu=0.
¢) Mot duong thiang xac dinh khi biét mot VTPT va mo diém né di qua.

LIEN HE GIUA VICP VA VTPT

& "'n. o
! ’
e
" - i
= i Wix; v)
{ M
.-_.-"
.-'.--..-
= m— ..-'-.. x =
|:.-i __."'- .'I'I T
Hinh 1

1. T nhan xét “Néu n 1a mot VTPT cua duong thing d va u 1a mot VTCP cua dudng thing
d thi nu=0" tarat ra dugc: néu n=(4;B) la mot VTPT cta duong thing d thi mot VICP

cua d la ;:(B;—A) ( hodc ;tz(—B;A)).

2. Tl nhan xét “Néu n 1a mot VTPT ctia duong thing d va u 1a mot VTCP cia duong thing
d thi nu =07 tarat ra duge: néu u = (a;b) 1a mot VTCP cua dudng thang d thi mot VIPT
clia d 1a n= (=b;a) (hodc n= (b;—a)).

Hai nhan xét trén giup ich rat nhiéu trong viéc chuyén ddi qua lai gita cac dang phuong trinh
duong thang. Tir PTTQ ta c6 thé chuyén sang PTTS va nguoc lai.

b. Phwong trinh tham s ciia dwong thing
Cho duong thing A di qua diém A(x,;, ) va c6 vecto chi phuong u(a;b). Khi do

diém M (x;y)thudc dudng thing A khi va chi khi tn tai s6 thuc ¢ sao cho AM =1tu,

x=Xx,+tat
)
y=y,+bt

hay

Hé (2) duoc goi 1a phuong trinh tham s6 ciia dudng thing A (t 13 tham sd).
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Dudng thang d di qua diém M (x,;,) va ¢6 vtep u =(a;b) thi c6 phuong trinh tham

xX=Xx,+at
y=y,+bt

s6 1a | (Mbi diém M bat ky thudc dwong thang (d) twong 1ing voi duy nhat

mot s6 thue t e R va nguoc lai).
Nhinxét: A € A & Az, + at;y, +0t),t € R

x=Xx,+tat

y=y,+bt

Trong mit phing voi hé toa dd Oxy , moi phuong trinh dang { voi a> +b> #0

déu 1a phuong trinh clia dudng thing d c6 mot vtep 1a u =(a;b).

b. Phuong trinh tong quat (PTTQ) ciia dwdong thing

Trong mit phing toa dd, moi dudng thang déu c6 phuong trinh tong quat dang
ax+by+c=0, véi a va b khong dong thoi bang 0. Nguoc lai, mdi phuong trinh dang
ax+by+c=0,v6i a va bkhong dong thoi bang 0, déu 13 phuong trinh ciia mot duong

thang, nhan 7(a;b)1a mot vecto phap tuyén.

1. Buong thing d di qua diém M (x,;»,) va c6 VTPT n=(A;B) thi c phuong trinh

tong quat 1a |4(x—x,)+B(y—y,)=0.

2. Nguogc lai, trong mat phéng voli hé toa d0 Oxy moi phuong trinh dang
Ax+By+C = O(A2 +B*# 0) déu 1a phuong trinh tong quét ciia duong thang d c¢6 VTPT
n=(A;B).

3. Mt s6 truong hop diic biét cia PTTQ Ax+ By +C =0(4> + B* #0).

a) Néu 4 =0 phuong trinh tré thanh By+C=0< y= —% duong thang song song

véi truc hoanh Ox va cit truc tung Oy tai diém M (0;—%}.

b) Néu B =0 phuong trinh tr¢ thanh Ax+C=0< x = —% duong thiang song song
. . L . . C
véi truc tung Oy va cat truc hoanh Ox tai M (—Z;Oj.

¢) Néu C =0 phuong trinh tré thanh Ax+ By =0 dudng thing di qua gbc toa do
0(0;0).

d) Puong thiang c6 dang y =ax+b, (trong d6 a duge goi la hé sb goc cua duong

thang ) ¢6 VTPT la n =(a;-1). Nguoc lai dudng thang 6 VIPT n=(4;B) thi co

hé sb goc la —é.
B
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e) Duong thing d di qua diém A(a;0) va B(0;b) c6 phuong trinh la £+% =1.
a

d. Phuong trinh chinh tic ciia dwong thing

Dudng thing d di qua diém M (x,;y,) vaco viep u=(a;b) voi a #0,b#0 c6 phuong

X% _ Y=l
a b

Vi du: Viét phuong trinh tham sb va phuong trinh tong quat cua duong thang d trong cac

trinh chinh tic 1a:

truong hop sau:
a) Puong thing d di qua diém A(2; 1) va ¢ vecto chi phuong U = (3; 2);
b) Puong thing d di qua diém B(3; 3) va c¢6 vecto phap tuyén 71 = (5; -2);
¢) Puong thing d di qua hai diém C(1; 1), D(3;5).

Giai

a) Puong thang d di qua diém A(2; 1) va c¢6 vecto chi phuong % = (3; 2), nén ta c6 phuong
trinh tham s6 cta d la:

{x=2+3t
y=1+2t

Puodng thing d c6 vecto chi phuong # = (3; 2) nén cé vecto phap tuyén 7 = (2; -3).
Phuong trinh tong quat cua d 1a: 2(x —2) —3(y — 1) =0 < 2x — 3y — 1 = 0.

b) Puong thing d ¢ vecto phap tuyén 7 = (5; -2) nén ¢ vecto chi phuong U = (2; 5).
Phuong trinh tham s6 cta d 1a:

{x = 342t
y = 3+ 5t

Phuong trinh tong quat ctua d 1a: 5(x —3) —=2(y —3) =0 < 5x — 2y — 9 = 0.
¢) Puong thing d di qua hai diém C(1; 1),D(3; 5) nén c6 vecto chi phuong i = CD = (2;4)

va ¢6 vecto phap tuyén 71 = (4; -2).
Phuong trinh tham s6 ciia d 1a: {;{ _

Phuong trinh tong quat cua d la:
4x—1)-2(y—-1)=0L4x-2y-2=02x-y—-1=0
2. VI TRi TUONG POI GIUA HAI PUONG THANG
Trong mdt phang v61 hé toa do Oxy, cho hai duong thing d :ax+by+c, =0 va
d,:a,x+b,y+c,=0.
Néu 71 va i1, ciing phuong thi Aj va A, song song hodc tring nhau. Lay mot diém P tuy ¥ trén

Al

e NE&uPE€EA thiA = A
e Né&uP¢A thiA /Ao
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CHUYEN PE IX — TOAN 10 — CHUONG IX — PHUONG PHAP TQA PO TRONG MAT PHANG
Néu 711 va 71, khong cung phuong thi A; va A, cit nhau tai mot diém M(xo; yo) v6i (Xo; yo) 1a
nghi¢m cua hé phuong trinh:

{alx +b;y+c, =0
ax +byy+c, =0’
Chu y 1:
a) Néu 7, . 12 =0 thi 711 L 7ia, suyra Ay L A;.

b) Bé xét hai vecto 711 (a1; b1) va 712 (az; ba) cting phuong hay khong cung phuong, ta xét biéu
thirc aibi — axba:

e Néuab;— asby= 0 thi hai vecto cing phuong.
e  Néu ajb;— asby # 0 thi hai vecto khong cung phuong.
Chu y 2: Trong mat phing v6i hé toa d0 Oxy, cho hai duong thing d,:a,x+by+c, =0 va
d,:a,x+by+c,=0.
DPé xét vi tri twong ddi cta hai duong thing nay ta xét sd nghiém cua hé phuong trinh
{a1x+b1y+c] =0 .1

a,x+b,y+c,=0
+Néuhé (1.1) c6 duy nhat 1 nghiém ta néi hai duong thang trén cit nhau toa d¢ giao diém chinh
la nghiém cta h¢ phuong trinh néi trén.
+ Néu hé (1.1) v6 nghiém ta néi hai duong thang noi trén song song véi nhau.
+ Néu hé (1 . 1) nghiém dung véi moi x € R thi hai dudng thing trén tring nhau.
+ Tuy nhién dé thuan tién cho viéc xét nhanh vi tri twong dbi ciia hai duong thang ta chd y nhan
xét sau
Nhin xét. Néu a,b,c, #0 taco

a) ﬁiﬁadlm@:{l}
a, b,

SR R IR
1 2

a, b, ¢
oL G gy
1 2

a, b, ¢

2. GOC GIUA HAI PUONG THANG
Trong mat phang véi hé toa do Oxy, cho hai duong thang Atax+by+c, =0 va
A, :ax+by+c,=0.
Khai ni¢m géc giira hai dwong thing
Hai duong thang A; va A; cét nhau tao thanh bon goc.
e Néu A; khong vudng goc voi Az thi goc nhon trong bdn goc d6 duoc goi 1a goc giira hai
duong thang A; va As.
e Néu A; vudng goc v6i Az thi ta noi goc gitta Ay va A, bang 90°.

Ta quy udc: Néu A; va Ay song song hodc trung nhau thi goc giita A; va Az bang 0°. Nhu vay
goc a gitra hai duong thang ludn thoa man: 0° < a < 90°

Goc giita hai duong thiang Ay va Az duoc ki hiéu 1a (AT, A2 ) hoidc (A1, As).
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Khi hai dudng thang cit nhau goc giira hai dudng thiang duoc tinh theo cong thc:

|”Tg 3 |a1a2 +b1b2|

mlfns| at+07 o+ 2

4. KHOANG CACH TU MOQT PIEM PEN MOT PUONG THANG
Trong mit phang véi hé toa dd Oxy, cho duong thang A:ax+by+c=0 va diém M, (%37, ) -

cos(Al;A2)=|

Khi d6 khoang cach tir diém M, 0 dén duong thang A duoc tinh theo cong thuc:

3 |ax0 +by, + c|

d(My;A)= N

<‘> BAI TAP.

Cau 1. Trong mit phing toa do, cho 7= (2;1),17 =(3;2),4(1;3), B(-21).
a) Lap phuong trinh tong quét ctia duong thing A, diqua A vaco vecto phap tuyén n
b) Lap phuong trinh tham s ciia dudng thang A, diqua B vaco vecto chi phuong v.
¢) Lap phuong trinh tham s ciia dudng thang AB.
Loi giai
a) Phuong trinh téng quat cua duong thing A, diqua A va co vecto phap tuyén n la
2x-D+(y-3)=0=2x+y-5=0.
b) Phuong trinh tham sb cta dudng thing A, diqua B vaco vecto chi phuong v la

9 -

. x=-2+3¢
y=1+2t

¢) Lap phuong trinh tham s6 cta duong thang A4B.
Puong thing AB di quadiém A4 va c6 vecto chi phuong AB =(-3;-2)1a
x=1-3¢
{ y=3-2t.
Céu 2. Lap phuong trinh tong quat clia céc truc toa do.
Loi giai
- Phuong trinh truc Ox di qua diém O(0;0) vanhan j = (0;1) 1am vecto phap tuyén c6 phuong
trinh la
y=0.

- Phuong trinh truc Oy di qua diém O(0;0) vanhan i =(1;0) lam vecto phap tuyén c6 phuong

trinh 1a
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

x=0.
N L B x=1+2t
Cau 3. Cho hai duong thang A, : va A, :2x+3y-5=0.
y=3+5t
a) Lap phuong trinh tong quat cta A,.
b) Lap phuong trinh tham sé cua A,.
Loi gidi

a) Lap phuong trinh tong quat ciia A,.

Puong thing A, di qua diém M (1;3), c6 vecto chi phuong u =(2,5) nén A, ¢6 vecto phap
tuyén 1a n= (5;—2). Khi d6 phuong trinh tong quat ciia Ala: 5x-2y+1=0.

b) Lap phuong trinh tham sé cua A,.

Duong thang A, di qua diém N (L;1), c6 vecto phap tuyén 1a 7 =(2;3) nén A, c6 vecto chi

- 37 \ L, . X = 1+ 3t
phuong u =(3;-2). Khi d6 phuong trinh tham s6 cia A, la: y
y=1-2.

Cau 4. Trong mat phéng toa d9, cho tam gidc ABC co A(l;2),B(3;0) va C(—Z;—l).

a) Lap phuong trinh duong cao ké tir A4.
b) Lap phuong trinh duong trung tuyén ké tir B.

Loi giai

M

a) Lap phuong trinh duong cao ké tir A4.

Puong cao ké tir 4 di qua A(1;2) vanhan CB =(5;1) la vecto phap tuyén c6 phuong trinh 1a
Sx+y-7=0.

b) Lap phuong trinh duong trung tuyén ké tir B.

Goi M la trung diém cua AC thi M(—%;%)
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Pudng trung tuyén ké tir B nhan MB = (%, —%) 1a vecto chi phuong nén co vecto phap tuyén
1a n=(1;7) vadiqua B(3;0) nén c6 phuong trinh la: x+7y—-3=0.
Céu 5. (Phuong trinh doan chin cua duong thang )

Ching minh rang, duong thang di qua hai diém A(a; 0) ,B(O;b) voi ab # 0(H.7.3) c6 phuong

trinh 1a

Loi giai
Duong thing di qua hai diém  4(a;0), B(0;b) nhan AB =(~a;b) 1am vecto chi phuong thi c6
vecto phap tuyén 1a n=(b;a). Khi d6 phuong trinh dudng thang la: bx +ay —ab = 0.

Vi ab # 0 nén chia ca hai vé cia phuong trinh cho ab ta dugc phuong trinh 1a
Tilo
a b

Cau 6. Theo Google Maps, san bay Noi Bai c6 vi do 1a 21,2° Bic, kinh d6 105,8° Pong, san bay ba
Néng c6 vi d6 1a 16,1° Bic, kinh d6 108,2° Dong. Mot may bay, bay tir Noi Bai dén san bay Da
Naéng. Tai thoi diém ¢ gio, tinh tir lic xudt phat, may bay & vi tri c6 vi @6 x° Bic, kinh 46 »°
Pong duoc tinh theo cong thure

x=21,2-13,
40
y:105,8+%t

a) Hoi chuyén tir Ha Noi dén Pa Nang mit miy gio?

b) Tai thoi diém 1 gid ké tir lac cat canh, may bay di bay qua vi tuyén 17 (17° Béc) chua?
Loi gidi

a) Hoi chuyén tir Ha Noi dén Pa Nang mit miy gio?

Thay x=16,1°, y =108,2°vao cong thirc trén ta co
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

16,1=21,2—£t
40

9 ~'73
108.2=105.8+1

. o . 4
Vay chuyén bay tir Ha Noi dén Ba Nang mat 3 gio.

b) Tai thoi diém 1 gid ké tir lac cat canh, may bay di bay qua vi tuyén 17 (17° Béc) chua?

Tai thoi diém 1 gid ké tir lac ct canh thi may bay di bay d&én 17,375° Bic nén may bay di bay
qua vi tuyén 17.

Cau 7. Xét vi tri twong dbi gitra cac cap duong thiang sau:
a) A :3\/5x+\/§y—\/§:0 va A, :6x+2y—\/g=0.
b) d, :x—\/§y+2=0 va d, :\/gx—3y+2:0.
c)m :x=2y+1=0vam, :3x+y-2=0.
Giai:

3x/§x+x/§y—x/§:0

6 vO s6 nghiém
6x+2y—~6=0

a) Xét hé phuong trinh {

Vay A va A, trung nhau.

—-V3y+2=0
b) Xét hé phuong trinh {x \/_y vO nghi¢m

\/gx—3y+2:0

Vay d, va d, song song.

s o fx-2y+1=0 P77 o ;
c¢) Xét h¢ phuong trinh = . H¢ phuong trinh c6 nghiém duy nhat.
3x+y-2=0

y:

<o 9w

Vay m va m, cit nhau tai A(%,gj

Cau 8. Tinh goc giira cac cip duong thing sau:

a) A :\/§x+y—4=() va A, :x+\/§y+3=0.

=—1+2¢ =3+ .
b) d,: * vad,: * > (t, sla cac tham s0).
y=3+4t y=1-3s

Giai:

a) Duong thang A, ¢6 vecto phap tuyén nT (\/5 ; 1) .
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CHUYEN PE IX — TOAN 10 — CHUONG IX — PHUONG PHAP TOA PO TRONG MAT PHANG
Pudng thing A, c6 vecto phap tuyén nj(l; \/g ) .

Goi « 1a goc giita 2 dudng thing A va A, .Taco

‘\/E.IH.\/E‘ V3

Joa) wr e o) 2

Do d6, gbc giita 2 dudng thang A, va A la o =30°.

n.n,

cos(nl,nz)

cosa =

n

.|\n

2

b) Puong thing d, c6 vecto chi phuong ’71 (2;4) nén c6 vecto phap tuyén ;1(2; —1) .
Pudng thing d, c6 vecto chi phuong LT2 (1; —3)nén ¢6 vecto phap tuyén nj(S; 1) .

Goi ¢ 1a goc giita 2 dudng thang d vad,. Taco

oo - man|  3+(-1).]] s
CoSQ = |(cos nl,n2 = n_,l;l_z, —m' 32+12 = > .

Do d0, goc giita 2 duong thing d vadlap= 45° .
Cau 9. Trong mit phang toa dd Oxy, cho diém A(O;—Z)Vé duong thing A:x+y—-4=0.
a) Tinh khoang cach tir diém A dén duong thing A.
b) Viét phuong trinh dudng thang a di qua diém M (—1; 0) va song song voi A.
¢) Viét phuong trinh dudng thang b di qua diém N (0;3) va vudng goc véi A.
Giai:

a) Ap dung cong thirc tinh khoang cach tir diém A dén duong thang A, ta cé:

d(A,A)zM:%/E.

VIP+1°
Vay khoang cach tir diém A dén duong thang A 1a 3\/5 .
b) Puong thing A:x+y—4=0 cé vecto phap tuyén a(l;l).

Vi duong thing ¢ song song voi A nén n, = a = (1;1) 1a vecto phéap tuyén cua a.

Lai ¢6 a di qua diém M (—1; O) nén phuong trinh téng quat ciua duong thang a 1a

1.(x+1)+1.(y—0)=0 hay x+y+1=0.
¢) Puong thang A:x+y—4=0 co vecto phap tuyén a(l;l).

Vi dudng thang b vudng goc v6i A nén nj = (1;—1) 1a vecto phap tuyén cta b.
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Lai c6 b di qua diém N (O;3)nén phuong trinh tong quat ctia duong thang b 1a
1.(x=0)-1.(y=3)=0 hay x—y+3=0.

Cau 10. Trong mat phéng toa d9, cho tam gidc ABC c6 A(I;O), B(3;2) va C(—2;—1).
a) Tinh d6 dai duong cao ké tir dinh A cua tam giac ABC .
b) Tinh dién tich tam giac ABC .
Giai: 4
a) Ta co: BC(-5;-3).
BC c6 vecto chi phuong BC = (—5;—3) nén co vecto
phap tuyén ;1(3;—5) va di qua diém B(3;2) nén

phuong trinh tong quat ciia BC 1a
3(x—3)—5(y—2):0 hay 3x—-5y+1=0.

B N C
H

Goi H 1a hinh chiéu ciia A 1én BC . Khi d6 do dai duong cao ké tir dinh A cia tam giac
ABC chinh 1a d¢ dai AH .

:|3.1—5.0+1| :2\/3_4
3>2+(—5)2 17

b) Ta cé: BC =4(-5) +(-3)" =+/34.
1 2434 J34=2.

1
Dién tich tam giac ABC la: §,,. = E.AH.BC =3

AH = d(A,BC)

Cau 11. Chimng minh rang hai duong thing d:y =ax+b (a # 0) vad:y=adx+b (a’ # O) vuong
goc v6i nhau khi va chi khi aa’ =-1.
Giai:

Taco: +)d:y=ax+b (a # 0) & ax—y+b =0 nén dudng thang d c6 vecto phap tuyén

nl(a;—l).

Hd:y=ax+b (a # 0) & a'x—y+b' =0 nén duong thing d’'co vecto phap tuyén
nj(a’;—l).
Ta lai co: did'@ﬁ?n—z=0<:>aa'+1=0<:>aa'=—l.

Cau 12. Trong mat phéng toa do, mot tin hi¢u am thanh phat di tr mot vi tri va dugc ba thiét bi ghi
tin higu dt tai ba vi tri 0(00), 4(1;0), B(1;3) nhan dugc cing mot thoi diém. Hay xéc dinh
vi tri phat tin hi€u am thanh.

Giai:
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,._"!'E

B(1;3)

0 1 x

Vi trf phat tin hi¢u 4m thanh ma ba thiét bi ghi tin higu dt tai ba vi tri 0(0;0), 4(10), B(1;3)
nhan dugc cung mot thoi diém thi vi tri d6 phai cach déu 3 diém O, A,B.
Goi I1a vi tri phét tin hiéu 4m thanh, khi d6 7 1a tim dudng tron ngoai tiép tam giac OAB .

Nhéan xét: AOAB vuong tai [ (biéu dién 1én hé tuc toa d), nén I 1a trung diém cua OB.

Viy vi tri phat tin hiéu 4m tharh 13 1 [%%J .

@ HE THONG BAI TAP.

DANG 1: XAC PINH VTCP, VIPT CUA PUONG THANG

{ Tich vé hwdng hai vt, géc giita hai vt, @6 dai vt, do dai dwong trung tuyén, phan gidc,dwong cao, dién
tich tam giac, chu vi tam giac...}

<0> PHUONG PHAP.

1. Trong mat phang voi hé toa dd Oxy phuong trinh dang Ax + By +C = O(A2 +B# O)
c6 VIPT n=(A;B).

X=Xx,+at

y=y,+bt

2. Trong mit phang voi hé toa dd Oxy , moi phuong trinh dang { voi a® +b> #0
déu 1a phuong trinh clia dudng thang d ¢ mét vtep 1a u =(a;b).

3. Néu dudng thang d co n=(4;B) la mot VTPT thi mot VTCP ciia d 1a u=(B;—A)
(hodc u =(~B; 4)).

4. Néu duong thing d c6 u=(a;b) 13 mot VTCP thi mot VTPT cia d 1a n=(-b;a)
(hodc n = (b;—a)).

5. Puong thiang di qua 2 diém A4, B thinhan AB lam VTCP.

Page 12



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Caiu 5:

. x=2+3t
Mot vecto chi phuong ctia duong thang { 31— la:
y=-3—
Ao u=(2;-3). B. u, = (3;-1). C.uy=(31). D. u, =(3;-3)
Loi giai

Chon B
Tir phuong trinh tham s6 ciia dudng thing ta c6 mot VTCP ciia dudng thang 1a u, = (3;-1).

Mot vecto phap tuyén ctia duong thang 2x—3y+6=0 1a:

A. n, =(2-3) B. n, =(2;3) C. n,=(32) D. n, =(-3;2)
Loi giai

Chon'A

Tir PTTQ ta thiy mot VTPT cuia dudng thang 1a n, = (2;-3)

Vecto chi phuong ciia dudng thing %*% =1 la:

A us =(-2;3) B. uy =(3;-2) C. us =(3;2) D. u1 =(2;3)
Loi giai

Chon B

§+§:1<:>2x+3y—620 nén dudng thing c6 VTPT 1a 7 =(2;3).

Suy ra VTCP 1a u = (3;-2).
Vecto nao dudi day 1a mot vecto chi phuong ctia dudng thing di qua hai diém 4(-3;2) va
B(1;4)?
A. u, =(-1;2). B. u, =(21). C. u, =(-2;6). D. u, =(L1).
Loi gidi
Chon B

Taco AB=(4;2) mot VTCP cia dudng thing AB cing phuong véi 4B =(4;2).
Ta thdy u, =(2;1) :%ﬂa vay u, =(2;1) 1amot VTCP cia 4B

Vecto ndo dudi day 1a mot vecto phdp tuyén cia dudng thang di qua hai diém A4(2;3) va

B(4;1)?
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Cau 7:

A. n =(2-2). B. n, =(2-1). C. n,=(L1). D. n, =(-2).
Loi gidi

Chon'C

Taco AB= (2;-2) mot VIPT n cua duong thing AB thi vudng goc voi AB

Suyra n.AB=0 x.2+y.(-2)=0 chon x=1,y=1=n=(11)

Chii y: Ta hoan toan c6 thé dung nhan xét néu & muc 2.3.2 dé giai quyét nhanh bai toan nay.

Cho phuong trinh: ax+by+c=0(1) v6i a® +b> > 0. Ménh dé nao sau day sai?

A. (1) 1a phuong trinh tong quat clia dudng thang c6 vecto phap tuyén la n = (a;b).

B. a=0 (1) 1a phuong trinh duong thing song song hodc tring véi truc ox.

C. b=0 (1) 1a phuong trinh duong thing song song hodc tring véi truc oy

D. Piém M, (x,;, ) thudc dudng thang (1) khi va chi khi ax, +by, +c #0.
Loi giai

Chon'D

Ta c6 diém M, (x,;, ) thudc dudng thang (1) khi va chi khi ax, +by, +c=0.

Ménh dé nao sau dy sai? Puong thing (d ) duoc xac dinh khi biét.
A. Mot vecto phap tuyén hodc mot vec to chi phuong.
B. Hé s6 goc va mot diém thude duong thang.
C. Mot diém thude (d) va biét (d) song song véi mdt duong thang cho trude.
D. Hai diém phan biét thudc (d).
Loi giai
Chon A.
Néu chi co vecto phap tuyén hodc mét vecto chi phuong thi thiéu diém di qua dé viét duong
thang.
Dudng thing (d) 6 vecto phap tuyén 7 = (a;b) . Ménh dé nao sau day sai?
A. ur = (b;~a) 1a vecto chi phuong ciia (d).
B. 1> =(~b;a) la vecto chi phuong ctia (d).
C. n' = (ka;kb)k € R 1a vecto phap tuyén ciia (d).

D. (d) c6 hé sb goc k= (b+0).
a

Loi gidi
Chon D.
Phuong  trinh  dwong  thing 6  vecto  phip  tuyén  n=(ah) la

ax+by+c:0<:>y=—%x—%(b¢0)

Suy ra hé sb goc k=—%.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cho duong thang (d): 2x+3y—4=0. Vecto ndo sau ddy 13 vecto phap tuyén cua (d)?
A. 1 =(3;2). B. n, =(-4;-6). C. n,=(2-3). D. n,=(-23).
Loi giai
Chon B.
Tac6 (d):2x+3y—4=0=VTPT n=(2;3)=(~4;-6)
Cho duong thang (d):3x—7y+15=0. Ménh dé nao sau day sai?
A. u=(7;3)1a vecto chi phuong ciia ().
3

B. (d)c6 hé s6 goc k=2

C. (d) khong di qua goc toa do.

D. (d) di qua hai diémM(—%Q]vé N(5;0).

Loi giai
Chon D.
Gia stir N(S;O)ed:3x—7y+15=0:>3.5—7.0+15:O(VI).
R 2 x=2-3t 4. R 7 L2 , e e, e ,
Cho duong thang (d): AL diem 4 5;—2 . biém 4 e(d) tng voi gia tri nao cua t?
y=-1+
A.t:i. B.t:l. g.t:—l. D.t=2
2 2 2
Loi giai
Chon'C
1
7 t=——
—=2-3t
Taco A4 Z;—2 e(d): 2 = 2:;:_1
2 1 2
—2=-1+2¢ t=——
2
x=2+3t ., . A A A
Cho(d): . Diém nao sau day khong thudc (d)?
y=5-4¢
A. A(5:3). B. B(2;5). C. C(-19). D. D(8;-3).
Loi giai
Chon B.
2=2+3t t=0
Thay B(2;5)= = =¢=0
5=5-4¢ t=0
Mot dudng thang c6 bao nhiéu vecto chi phuong?
A. 1. B. 2. C.3. D. V6 so
Loi giai
Chon'D
Mot duong thang c6 bao nhiéu vecto phap tuyén?
A. 1 B.2 C.3 D. V6 sb.
Loi giai
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Chon D
, x=2
Vecto nao dudi day la mot vecto chi phuong ciia duong thang d : { Lt 6r ?
y=-1+
A. u, =(6;0). B. u, =(-6;0). C. u,=(2;6). D. u, =(0;1).
Loi giai
Chon D
T PTTS ta thdy mot VTCP cua d 1a ﬁ:(0;6) =6(0;1) nén ta c6 thé chon mot VTCP 1a
u; = (0;1)
x=35 —lt
Vecto ndo dudi day 1a mot vecto chi phuong ciia duong thang A4~ =~ 2 ?
y=-3+3t¢
A. 1, =(-1;3) B. @:(l;3j c.z-£-2 D. 6x-2y—8=0
2 2 3
Loi giai
Chon'D

T PTTS ta thdy mot VICP cia A 13 u = (—%;3) = —2u = (1;-6) nén ta c6 thé chon mot VTCP

13 u, = (1,-6)
Cho duong thang A ¢ phuong trinh tong quat: —2x +3y —1=0. Vecto nao sau déy la vecto chi
phuong ctia dudng thang A .
A. (32). B. (2:3). C. (-3;2). D. (2;-3).
Loi giai
Chon' A
Tir PTTQ ta thiy mot VTPT ctia A 1a 7=(-2;3) suy ramot VTCP 1a u =(3;2)
Cho duong thing A c6 phuong trinh tong quat: —2x+3y—1=0. Vecto nao sau diy khong la

vecto chi phuong cia A
A. (1%} B. (3;2). C. (2:3). D. (-3;-2).
Loi giai
Chon'C
T PTTQ cuia duong thing ta thay mot VTPT la n= (—2; 3) suy ra mot VTCP ciia duong thang
au= (3:2)=—1(-3;-2) = 3(1;%) vay vec to ¢6 toa do (2;3) khong phai la VTCP ctia A .

Puong théng A:5x+3y =15 tao véi céc truc toa do mot tam gidc co6 dién tich béng bao nhiéu?
A. 7,5. B. 5. C. 15. D. 3.

Loi giai

Chon'A
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG
ANOx=A(3;0), AnOy=B(0;5).

Vay S, :%OA-OB:%S:ZS.

DANG 2: VIET PHUONG TRINH PUONG THANG THOA MAN MQT SO TINH CHAT CHO
TRUOC

{ Tinh chdt cho truée givip tim dwoc: mot diém thude dwong thang va mét VICP (hay VIPT);
tim dwoc cdc hé sé A, B, C trong phwong trinh tong qudt; ...}

<0> PHUONG PHAP.

1. DBuong thing d di qua diém M (x,;y,) va o vtep u =(a;b) thi c6 phuong trinh tham
X=Xx,+at
y=y,+bt

mot s6 thuc t e R va nguoc lai).

s6 1a | ( M6i diém M bat ky thudc dwong thang (d ) twong vng véi duy nhat

2. Duong thing d di qua diém M (x,;,) vaco viep u=(a;b) véi a#0,b#0 co phuong

X=X _ V=V
a b

trinh chinh tic 1a:

3. Puong thing d di qua diém M (x,;,) vaco VIPT n=(A;B) thi co phuong trinh tong

quat 1a A(x—x0)+B(y—y0)=0 i

<¢> BAI TAP TU LUAN.

2.1. Viét PTTS ciia dwdong thang.

Caul: Viét phuong trinh tham s6 ciia dudng thing A qua A(3;~1) va c6 VTCP u =(-2;3).
Loi gidi
Duong thing A qua A(3%-1) va 6 VTCP wu=(-23) c6 PITS Ia

{x:3+(—2)t®{x:3—2t

y=—1+3¢ y=-1+3¢
Cau2: Viét PTTS cua duong thing 4B biét A(3;1),B(-13).
Loi giai
Tacé AB=(-4;2)=-2(2;-1)=u=(2;-1) la mot VTCP cua duong thing AB.

) ) L ~ o x=34+2¢
Vay ABdiqua A4(3;1) vaco VICP u =(2;-1) nén c6 PTTS R
y=1=

Luu . Ta hoan toan c¢6 thé ding AB =(—4;2) lam VTCP ciia duong thing 4B .
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Caiu 3:

Viét PTTS cua dudng thang A qua M (—1;7) va song song véi truc Ox.
Loi gidi
Ta thdy truc hoanh Ox ¢6 VTCP chinh 1a vec to don vi i =(1;0). Vi duong thing A song song

v6i truc hoanh Ox nén ciing nhan 7 =(1;0) lam VTCP. Suy ra phuong trinh tham s ciia A 1a

x=—1+t
y=T
Nhan xét. Hai duwong thang song song cé cing VICP,

Cho dudng thing d;xT_zzl. Viét PTTS ctia dudng thing A qua /(2017;2018) va song

song v6i duong thang d .
Loi giai
Ta théy dudng thing d c6 mot VTCP la u =(3;-5), vi duong thing A//d nén A ciing nhan

x=2017+3¢

u=(3;-5)lam VTCP. Vay PTTS ciia A 1a .
y=2018-5¢

Cho A(3;1) va B(-3;5). Viét PTTS ciia dudng thing A 14 trung tryc cua doan thang 4B .
Loi giai

Goi I 1a trung diém cua doan thing 4B suyra [ (0;3) . Puodng trung truc cua doan thing AB

di qua 7(0;3) va c6 mot VIPT la AB = (—6;4) nén co mot VTCP la u= (2;3). Vay PTTS cia

x=2t

AB 1a :
y=3+3t

2.2. Viét PTTQ ciia dwong thang

Cau 1:

Cau 2:

Viét PTTQ cta dudng thang o di qua K (-1;5) vacé VIPT n=(2;1).
Loi giai
d diqua K(~15) vaco VIPT n=(2;1) c6 PTTQ la
2(x+1)+1(y=5)=0 < 2x+y-3=0
Viét PTTQ clia dudng thang A di qua K(3;-2) va song song véi dudng thang
d:x-5y+2017=0.
Loi giai
Duong thing d c6 mot VIPT 1a n=(1;-5), vi A//d nén A ciing nhan n=(1;-5) lam mot
VTPT vay PTTS cua A la 1(x—3)—5(y+2)=0<:>x—5y—l3=0

Luru y. Ta hoan toan c6 thé giai theo cach khac nhu sau.
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Caiu 3:

Cau 4:

Caiu 5:

Vi A//d nén A, d c6 cing VTCP, PTTQ cta A ¢6 dang x—5y+C=0(C#2017), ma A di
qua K(3;—2) nén ta co 3—5(—2)+C:0<:> C=-13
Viét PTTQ ciia A 1a dudng trung truc cta doan thing AB véi A(-4;,-1),B(2;3).
Loi giai
Goi / 1a trung diém ctia doan thang AB = I(-11), AB = (6;4)=2(3;2) vi AL AB nén A c6
modt VTPT 1a n=(3;2) vay PTTQ clia A 1a 3(x+1)+2(y-1)=0<3x+2y+1=0
Viét PTTQ ciia duong thang qua hai diem A(5;0) va B(0;-2).
Loi giai
Phuong trinh duong thing 4B 1a §+l:1@ 2x—5y=10¢2x-5y-10=0.
Cho tam giac ABC co A(2;—1);B(4;5);C(—3;2) . Viét phuong trinh tong quat cta dudong cao
AH cuatam giac ABC.
Loi gii
Goi AH la dudong cao cua tam giac.
AH diqua 4(2;-1) vanhan BC =(-7;-3)=—(7;3) lam VTPT

= AH :7(x-2)+3(y+1)=0& Tx+3y—-11=0

2.3. Bai toan chuyén d6i qua lai giira cic dang phwong trinh.

Cau 1:

Cau 2:

x=1-2

) t . )
Cho duong thang A{ . Viet PTTQ cua duong thang.

y=3+t
Loi giai
Cach 1.
Tir phuong trinh tham s ta thiy A di qua M (1;3) vacé u =(-2;1) suyra VIPT la n=(1;2),
PTTQla 1(x—1)+2(y—-3)=0&x+2y-7=0.

Cach 2.

x=1-2¢ x=1-2t
A = S x+2y=T<x+2y-7=0.
y=3+t 2y =6+2¢

Cho duong thang A:2x—3y—3=0. Viét PTTS cia duong thang.
Loi giai
Cach 1.

Pé tim mot diém ma BT di qua ta cho x mot gia tri bat ky tinh y hodc ngugc lai.
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Cho x=0 thé vao PT dt A tadugc. -3y-3=0< y=—1 viydt A di quadiém 4(0;-1). Va
x=3t

c6 VIPT n=(2;-3) suy ra VTCP u =(3;2). Vay PTTS ciia A 1a { Lo
y=-1+

Céch 2.
. 2
Tu PTTQ A:Zx—3y—3:0<:>3y:—2x+3<:>y:—§x+l

x=t
bat x =t ta thu duoc PTTS la 2

=1-=¢
Y73

2.4. Bai tap tong hop vé viét phwong trinh dwong thing
Caul: Cho tam gidc ABC véi A(2;3);B(—4;5);C(6;=5). M,N lan luot 1a trung diém cua 4B va

AC . Phuong trinh tham sb ctia duong trung binh MN 1a:

Loi giai

Taco: M(-1;4);N(4;-1). MN di qua M (-1;4) vanhan MN =(5;-5) lam VTCP

x=-1+5¢

= MN :
y=4-5t¢

Cau2: Phuong trinh duong thang di qua diém M (5; —3) va cit hai truc toa do tai hai diém A va B sao
cho M 1a trung diém cua AB la:
Loi giai
Goi Ae Ox= A(x,;0);Be Oy = B(0;y,)
X, +x,=2x, j{xA =10

Tacd M 1atrung diém AB :>{
Yty =2y, Yp=-6

Suy ra (AB);%+16=1@3x—5y—30=0.
Cau3: Cho ba diém A(1;1); B(2;0);C(3;4). Viét phuong trinh dudng thing di qua 4 va cach déu hai
diém B,C.
Loi giai
Goi (d) la dudng thang di qua 4 va cach déu B,C. Khi d6 ta c6 céc trudng hop sau
THI: d di qua trung diém ctia BC. ](2;2) 1a trung diém cua BC. AM = (%;lj la VTCP cua
duong thang d . Khi d6 (d):—2(x—1)+3(y—1)=0 & 2x+3y-1=0.
TH2: d song song véi BC, khi d6 d nhan BC =(1;4) lam VTCP, phuong trinh duong thing
(d):—4(x-1)+y-1=0 < -4x+y+3=0.
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Cau 4:

Ciu 5:

Pudng thing d:£+%=1, véi a#0, b=0,diquadiém M (-1;6) va tao véi céc tia Ox, Oy
a

mot tam giac c6 dién tich béng 4. Tinh S=a+2b.

Loi giai
d:Z+2 =1 di qua diém M (-1;6) - é:1(1).
a b a b
Puong thing d:£+%:ltao v6i céc tia Ox ; Oy tam gidc c6 dién tich bang 4 = ab=8(2)
a
__1+é—1 __1+é— __b+é—1 =4 b=-12
Tr (1);(2)=4a b  <3a b <28 b <:>{ _2(nhan)hoac 3
ab=38 ab=38 ab=238 B T 9
(Loai)
=a+2b=10.

Cho tam gidc ABC biét tryc tim H(l; 1) va phuong trinh canh 4B:5x—-2y+6=0, phuong
trinh canh AC:4x+7y—21=0. Phuong trinh canh BC la

Loi giai

B C

Phuong trinh AB:Sx—2y+6:O:>n_AZ:(5;—2).
Phuong trinh AC:4x+7y-21=0=n,.=(47).
Tacd BH L AC = ny,n, =0=>n,, =(7;-4).

NN . |VTPT ny, =(7:-4)
Suy ra phuong trinh duong thang BH ¢6 .
qua H(1;1)

BH:7(x—1)—4(y—1)=0<:>7x—4y—3:O.

Ta c6 diém B 1a giao diém cia hai dudng thing 4B va BH , suy ra toa d6 diém B 1a nghiém

o  (5x-2y+6=0 |*77° 19
cua hé phuong trinh & 19 = B| -5,—|.

Talaicé CH L AB=>ng,n,, =0=>ng, =(2;5).

Page 21



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Ciu 6:

VTPT n,,, =(2;5)

Suy ra phuong trinh duong thang CH c6
qua H(1;1)

CH:2(x—1)+5(y-1)=0<2x+5y-7=0.

Ta c6 diém C 1a giao diém cta hai duong thang 4C va CH , suy ra toa 46 diém C 1a nghiém
28

4x+7y-21=0 |*7 3
cua hé phuong trinh Ty = 3 =C §;—Z.
2x+5y-7=0 7 3 3

y=—§

Ta co Rz(?,%) =, =(1;-2).

VTPT n,. =(1;-2)
Phuong trinh canh BC c6 28 7
qua C (—; - Ej

BC:x—?—2(y+%j:0@x—Zy—14:O.

Vay BC:x-2y—-14=0.

Goi H latryc tam cua tam gidc 4ABC . Phuong trinh cac canh va dudng cao cia tam giac la AB
:Ix—y+4=0; BH: 2x+y—-4=0; AH: x—y—2=0. Phuong trinh dudong cao CH cua tam
giac ABC la

Loi giai

G(_)iH(x;y).
Taco H=AHNBH .

2x+y=4 {x=2
=

Nén toa do diém H 1a nghiém cua hé phuong trinh: { 0’ suy ra H (2; 0) .
y =

x—y=2
Duong thang AB c6 vecto chi phuong la u =(1;7).

Puong cao CH vuodng goc voi canh 4B nén nhan u 1am vecto phap tuyén.

Page 22



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 7:

Caiu 8:

Cau 9:

Vay phuong trinh téng quét ciia duong cao CH 1a (x—2)+7(y—0)=0 S x+7y-2=0.

Trong mit phing véi hé truc toa dd Oxy, cho hai dudng thing A x-y+1=0,
A,:2x+y-1=0 va diém P(2;1).Viét phuong trinh duong thing di qua diém Pva cit hai
duong thang A,, A, l1an luot tai hai diém 4, Bsao cho P la trung diém AB.

Loi giai
Taco A, NA, =1(0;1).

Vi Ae A = A(a;a+1). Vi P(2;1)1a trung diém ctia doan AB = B(4—a;1-a).

Mat khac BEA23a=§:A §,E
3 3°3

ﬁ’:(%,gj = Duong thang AP:2x+y-5=0céptla: 4x—y-7=0.

Trong mit phang toa d6 vudng géc Oxy , cho hai dudng thang d, va d, lan lugt c6 phuong trinh:
d:x+y=1, d,:x-3y+3=0. Hay viét phuong trinh duong thang d dbi xung voi d, qua
dudng thang d, .
Loi giai

Goi I(x;y)=d, Nd,.Khi d6 toa do diém / 1a nghiém cua hé phuong trinh

x+y=1 x=0

Y & = 1(0;1).

x-3y+3=0 y=1
Chon M (-3;0)ed,. Goi A diqua M va vudng goc véi d, .
Suyra A c6odang x—y+c=0.
Vi M(-3;0)eA=c=3=A:x—y+3=0
x—y+3=0

Goi H(x;y)=d, nA.Khid6 toa do diém A 1a nghiém ctia h¢ phuong trinh { |
X+y=

x=-1

= { = H(-1;2).
y=2

Goi N 1a diém dbi xtmg cia M qua d,.Khido H latrung diém ciia MN.

=2x, —x,, =1
=N {xN i = N(L;4).

Y =2Vy =y =4
Vay duong thang d chinh la duong thang IN , ta ¢6
x_ozy—_1<:>3x—y+1:0.

1 3

Trong mit phang v6i hé truc toa 46 Oxy, cho AABC c6 dinh A (3;0) va phuong trinh hai duong
cao (BB') :2x4+2y-9=0 va (CC') :3x—12y—1=0. Viét phuong trinh canh BC .

Loi giai
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Cau 10:

Cau 11:

Goi H (x; y) la tryc tdm cua tam gidc AABC . Khi d6 toa do diém H (x; y) la nghiém cua hé¢

2x+2y-9=0 EY
phuong trinh < = 3 = H E,é .
3x-12y-1=0 y—i 3°6

Phuong trinh canh AC di qua 4(3;0) va vudng goc véi BB’
nén (AC) c6 dang 2x—2y+c=0.
Vi 4(3,0)€(AC) nén 6+c=0=>c=—6. Dodé (AC): 2x—2y—6=0 x—y—-3=0.
Tacé C=ACNCC' nén toa dd diém C(x;y) 1a nghiém cua hé phuong trinh
35

X=—

3x—12y-1=0 9 35 8
Rt =C|—;—|.
x—y-3=0 8 99
9

Phuong trinh canh BC di qua diém C (%,gj nhan AH = (%,%) = %(4;5). lam vécto phap

tuyén= (BC): 4x+5y—-20=0.
Cho tam gidc ABC, dinh B(2;-1), dudng cao A4':3x—4y+27=0 va duong phan giac trong
cua goc C la CD:x+2y—-5=0.Khi d6 phuong trinh canh 4B la
Loi giai
Phuong trinh canh BC di qua B(2;—1) va vudng goc v6i A4’ 1a 4x+3y—5=0.
x+2y-5=0 x=-1

4x+3y—5=0 Q{y:3
Goi M la diém ddi xtmg cia B qua CD.Khi d6 toa d6 diém M (x;y) théa man

2(x—2)—(y+1)=0

— =
x+2+2(y71j—5=0

Goi C(x;y), toa do diém C(x;y) théa man { = C(-1;3)

= M (4;3).

{2x—y—5=0

x+2y-10=0
> y

Phuong trinh canh AC chinh 1a MC ,taco AC:y=3.

. 2 , . |3x—-4y+27=0 x=-5
Goi A(x;y), toadd diem A(x;y) théa man ; = ; = A(-5;3).
Y= y=
Phuong trinh canh 4B 1a x;S =y—_43<:>4x+7y—1=0.

Trong mit phing véi hé truc toa do Descarter vudng goc Oxy, cho AABC c6 diém A(2;-1) va
hai duong phan giac trong ciia hai géc B, C lan lugt c6 phuong trinh (A B):x—Z y+1=0,
(AC ) :x+ y+3=0. Viét phuong trinh canh BC.

Loi giai
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Cau 12:

A

B N M C
+) Goi H (x,:,) la hinh chiéu ciia diém 4 1én A,
:>EJ_;AB @E.ﬁ% =0.
Ta co H(2yH—1;yH)eAB;
AH =(2y,, =31y, +1); us, =(21).
= AHus, =0 < 2(2y, -3)+(y, +1)=0 &y, =1= H(L1).
Goi M 1a diém dbi xtimg ctia 4 qua Ay

Xy, =2x,-x,=0

:>M(0;3).
Y =2y —Y,4=3

Khi 46 H 1a trung diém cta AM <:>{

+) Goi K (x,;y, ) 1a hinh chiéu cua diém 4 1én Ao = AK Lus, < AKus, =0.
Taco K (x;—x, —3)€As; AK =(x, —2;-x, —2); ua, =(1;-1).

= ADK atn, =0 & X —2+x, +2=0 x, =0 = K (0;-3).

Goi N 1a diém d6i xtmg cia A qua Ag.

Xy =2x, —x,=-2

= N(-2;-5).
Yy =2Y¢—y,=-5

Khi d6 K 1a trung diém ciia AN <:>{

Phuong trinh dudng thang BC chinh 13 phuong trinh duong thang MN .

= duong thang BC': x_zozy—_83<:>4x—y+3=0

Trong mat ph'fmg v61 hé truc toa d§ Descarter vuong goc Oxy, cho AABC vudng can tai A4 (4; 1)
va canh huyén BC c6 phuong trinh: 3x—y+5=0. Viét phuong trinh hai canh goc vuong AC
va AB.

Loi giai
Cich 1: Viét phuong trinh duong thang di qua A tao véi dudng thing BC mot goc 45°.
Cach 2:

Goi H (x;y) 1a hinh chiéu cia A(4;1) lén BC.

Page 25



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 13:

d diqua A4(4;1) va vudng goc véi BC nén d c6 dang x+3y+c=0.
Vi A(41l)ed=T+c=0c=-Tnénd:x+3y-7=0.

AT o o [3x-ye5=0 |77
Khi d6 toa do diém H (x; ) 1a nghiém cta hé phuong trinh N
x+3y-7=0 13
Y=
:H(—i;zj.
55
Vi AABC vuéng cantai 4 nén 4, B, C thudc duong tron (C) ngoai tiép AABC c6 tim
H(—i;ﬁj va ban kinh R=AH=@.
55 5
e 4Y 13)" 128
Phuong trinh dudng tron (C): A I Bl e
3x—-y+5=0
Toa d6 diém B, C 13 nghiém cua hé phuong trinh 4\ 13\ 128
X+—| +y-—=1| ==
5 5 5
y=3x+5
= 2 2
(x+ij +(3x+5—£) _128
5 5 5
4 37
y=3x+5 x—g:y—?
=S =N
25x% +40x—-48=0 12 11
5 5
Suyra2diém B(i;ﬂ} C[—E;—Ej hoac C(i;ﬂ} B(—E;—Ej.
55 5 5 55 5 5
Vay phuong trinh hai canh 4B va AC la
00 B At APy SN S P ') PR S S L DU S P
4 37 12 11
T4 2 g
5 5 5 5
Hoje (AC): 22 = 271 ovyy9-0; (uB): 2 = 271 1 0y 2-0.
4 37 12 11
Ty 2 Ly
5 5 5 5

Trong mit phang toa d Oxy, cho tam giac AABC vudng tai 4, c6 dinh C(—4;1), phan giac
trong goc A c6 phuong trinh x+ y—5=0. Viét phuong trinh dudong thang BC, biét dién tich
tam giac AABC bang 24 vadinh 4 c6 hoanh d6 duong.

Loi giai

Cach 1:
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D

7
- 1B
d
e

/ A

Goi D 1a diém dbi xtmg ctia C(—4;1) qua dudng thang x+y—-5=0
suy ra toa d¢ diém D(x;y) la nghiém cua

(x+4)—(y—1)=0
h¢ phuong trinh ¢ y 4 5 1] = D(4;9).

+—-5=0
2 2

Piém A4 thudc duong tron dudng kinh CD

x+y-5=0
xz+(y—5)2 =32

Taco S, =%AB.AC=24 <:>AB=2'Z—AC”1T=6

nén toa d¢ diem A(x;y) thoa man { véi x>0, suy radiem A(41).

B thudc dudng thing AD: x =4, suy ratoa dd B(4;y) théaman (y— 1)2 =36
= B(4;7) hoic B(4;-5).

Do d la phan giac trong goc 4, nén AB va AD cung huéng, suy ra B(4;7).
Do d6, dudng thang BC c¢6 phuong trinh: 3x—4y+16 =0.

Cach 2:
d
B
45
45°
c >

Goi dudng thing AC di qua diém C(-4;1) 6 vécto phap tuyén n=(a;b), a’+b>#0.

‘ - -2
Vi (4C,d)=45° < ‘COS(”AC,I’ld) =

|a+b| _Q@ a=0; b=1
\/EVa2+b2_ 2 b=0; a=1

Véi b=0; a=1 suy duong thing AC:x+4=0=A=ACnd = A(—4;9) (loaivi x,>0)
Véi a=0; b=1 suy duong thing AC:y—-1=0=>A=ACd = A(41).

nén toa do diém A(x;y) théa man { vl x >0, suyra diém A(4;1).
Goi diem B(x;y).

Taco AABC vudngtai 4 nén AB.AC=0 < x=4= B(4;y).

Laico S, :%AB.AC:24<:>AB:%:6 o (y-1) =36.
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

= B(4;7) hoic B(4;-5).

Do d 1a phén giac trong goc A, nén hai diém A4 va B nam khac phia ddi v6i dudng thing d ,
suy ra B(4;7).

Do d6, dudng thang BC c¢6 phuong trinh: 3x—4y+16=0.

Cho A4BC c6 A(4;-2). Duong cao BH :2x+y—4=0 va duong cao CK :x—y-3=0. Viét
phuong trinh duong cao ké tur dinh A

Loi giai
Goi A7 1a duong cao ké tir dinh 4. Goi H, 1a tryc tdm ctia AABC, khi d6 toa do diém H thoa
o 7
2x+y—-4=0 I -
man h¢ phuong trinh Yy & 3 . AH, = —2;i
x—y-3=0 33
yz—g

Al qua H, {%—éj vanhan 7 =(4;5) lam VTPT

:>AI:4[x—%}+5(y+§j:O<:>4x+5y—6=0

Viét Phuong trinh duong théng di qua diém M (2; —3) va cét hai truc toa do tai hai diém A va B
sao cho tam giac OAB vuong can.
Loi giai

Phuong trinh doan chén (4B):=+==1

Q| =
> <

b=a

Do AOAB vudng can tai O <:>|a| :|b|<:{b
=-a

THI: b=a =>+2 =l x+y=a ma M(2-3)e(4B)=>2-3=aoa=-1=b=-1
a a

Vay (A4B):x+y+1=0

TH2: b=-a =>-L -1 x—y=ami M(%-3)e(4B)=>2+3=aoa=5=>b=-5
a da

Vay (AB):x—y—SzO
Goi H Ia tryc tam cua tam gidc ABC. Phuong trinh cac canh va duong cao cua tam giac la:
AB:7x—y+4=0;BH :2x+y—-4=0;A4H : x— y—2=0. Phuong trinh dudong cao CH cua tam
giac ABC la:

Loi giai

, . o . 2x+y—-4=0 x=2
Tacdé H=BH N AH = H langhiém cta hé phuong trinh =
x-y-2=0 y

Taco CH L AB=>CH :x+7y+c=0 ma H(2,0)eCH =2+7.0+c=0cc=-2
Suyra CH :x+7y-2=0.
Cho tam gidc ABC biét truc tim H(1;1) va phwong trinh canh AB: 5x -2y + 6 = 0, phuong trinh
canh 4C:4x+7y—21=0. Phuong trinh canh BC la

Loi giai
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Tacd A=ABNAC = A(0;3) = AH =(1;-2)
Ta co BHJ_AC:>(BH):7x—4y+d=O
Ma H(l;l)e(BH):>d:—3 suy ra (BH):7x—4y—3:O

Co B:ABmBH:B(—S;—%j

Phuong trinh (BC) nhan AH =(1;-2) 1a VTPT va qua B(—S; —%]

Suy ra (BC):(x+5)—2(y+%J:O<:>x—2y—14=0

<¢> BAI TAP TRAC NGHIEM.

Céu 18: Viét phuong trinh tham s cua duong thang di qua A(3; 4) va c6 vecto chi phuong U= (3; —2)

x=3+3¢ x=3-6t x=3+2¢ x=3+3¢
A. . B. . C. . D. .
y=-2+4¢ y=-2+4¢ y=4+3t y=4-2¢
Loi gidi
Chon D

Phuong trinh tham s6 ciia duong thing di qua 4(3;4) va co vecto chi phuong u = (3;-2)

x=3+3¢

¢6 dang: .
e {y:4—2t

Cau 19:  Phuong trinh tham s6 ctia duong thang qua M (1;-1), N(4;3) la
x=3+¢ x=1+3¢ x=3-3¢ x=1+3¢
A. . B. . C. . D. .
y=4-t y=1+4¢ y=4-3t y=—1+4¢
Loi giai
Chon'D
Duong thang di qua hai diém M (1;-1), N(4;3) c6 mot vécto chi phuong MN =(3;4).

x=1+3¢

Phuong trinh tham s cua duong thang qua M (1;-1), N(4;3) 1a { 1+ 4t
y=-1+

Céu 20: Phuong trinh tong quat ctia duong thing di qua A(l; - 2) va nhan n = (—1; 2) lam véc-to phap

tuyén c6 phuong trinh 1a
A, —x+2y=0. B. x+2y+4=0. C. x-2y-5=0. D. x-2y+4=0.

Loi giai
Chon C

Phuong trinh dudng thing 13 —1(x—l)+2(y+2):0 hay x-2y-5=0.
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Cau2l: Duong thing di qua diém A(1;-2) va nhan n=(-2;4) lam vécto phap tuyén c6 phuong trinh

la

A. x+2y+4=0. B. x-2y+4=0. C.x-2y-5=0. D. -2x+4y=0.
Loi giai

Chon'C

Duong thing di qua diém 4(1;-2) vanhan n=(-2;4) lam vécto phap tuyén c6 phuong trinh la
2(x-1)+4(y+2)=0 < 2x+4y+10=0 < x-2y-5=0.

Cau22: Duong thing d qua A(1;1) va cé vécto chi phuong u =(2;3) ¢6 phuong trinh tham s 1
x=1-t x=1+2¢ xX=2+t x=2t
A. . B. . C. . D. .
y=3—t y=1+3t y=3+t y=3t
Loi giai
Chon B
Puong thing d qua A(l; 1) va c6 vécto chi phuong U= (2;3) c¢6 phuong trinh tham s 1a
x=1+2¢
y=1+3t
Céau 23: Phuong trinh duong thang di qua hai diém 4(-2;4), B(-6;1) 1a
A. 3x+4y-10=0. B.3x-4y+22=0. C.3x-4y+8=0. D. 3x—-4y-22=0.
Loi giai
Chon B

Tacod ZE:(—4;—3).
Duong thing 4B qua diém A(-2;4) vanhan | VTPT la n=(3;—4) nén c6 phuong trinh:
3(x+2)—4(y—4):0 & 3x-4y+22=0.

Céu 24: Duong thing di qua A(-1;2), nhan 7 =(2;-4) lam vecto phap tuyén c6 phuong trinh la
A. x-2y-4=0. B. x+y+4=0. C. x-2y+5=0. D. —x+2y-4=0.
Loi giai
Chon'C
Phuong trinh dudng thiang can tim: 2(x+1)—4(y—2)=0<:>x—2y+5:O.

Céu 25: Phuong trinh tham sb ctia duong thang di qua diém 4 (2;— 1) vanhin u = (—3; 2) lam vecto chi

phuong la

x=-3+2¢ x=2-3t x=-2-3¢ x=-2-3¢
A. . B. . C. . D. .
y=2—t y=—14+2¢ y=1+2t y=1+2t
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Cau 26:

Cau 27:

Cau 28:

Cau 29:

Loi giai
Chon' B
Phuong trinh tham s ciia duong thang di qua diém A4(2;—1) va nhan u =(-3;2) lam vecto chi

x=2-3¢

huong co dang:
p g ang {y:—1+2t'

Puong thiang di qua A(—1;2), nhan 12:(2;—4) lam véc to phéo tuyén c6 phuong trinh 1a:
A. x-2y—-4=0 B. x+y+4=0 C. x+2y—-4=0 D. x-2y+5=0

Loi giai
Chon D.

Goi (d) 1a dudng thang di qua va nhan n=(2;-4) lam VTPT

:>(d):x+1—2(y—2):0<3x—2y+5:()

Cho hai diém A(l; —2) , B (—1; 2). Puong trung truc ctia doan thing AB c¢6 phuong trinh 1a

A. 2x+y=0. B. x+2y=0. C. x-2y=0. D. x-2y+1=0.
Loi giai

Chon C.

Goila M trung diém cua doan AB =M (O;O).

Puong trung truc cia doan thing AB di qua diém M va co vipt TB(—Z; 4) nén cé phuong
trinh la: x-2y =0

Lap phuong trinh tong quat duong thiang di qua diém A(2;1) va song song voi dudng thing

2x+3y—-2=0.

A. 3x+2y-8=0. B. 2x+3y-7=0. C.3x-2y—-4=0. D. 2x+3y+7=0.
Loi giai

Chon B

Goi A 1a duong thang can tim.

* A song song voi dudng thang 2x+3y—2=0 nén A c6 dang: 2x+3y+m=0(m=-2).
* Adi quadiém A4(2;1) néntacod 2.2+3.14m=0 < m=-7=A:2x+3y-7=0.

x=2+3t

{4+ (t € R) va diém M(—l; 6). Phuong trinh duong thing di qua
y=-1+

Cho dudng thang A :{

M vavuong goc voi A la
A.3x-y+9=0. B. x+3y-17=0. C.3x+y-3=0. D. x-3y+19=0.
Loi giai

Chon'C
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Cau 30:

Cau 31:

Cau 32:

A c6 mdt vecto chi phuong u =(3;1).
Vi dudng thing d vuéng goc voi A nén d cb vécto phap tuyén n=u=(3;1).
Phuong trinh tong quét ctia duong thing d 1a 3(x+1)+(y-6)=0<3x+y-3=0.

Trong mit phiang Oxy, cho duong thing d:x—-2y+1=0. Néu duong thing A qua diém
M (1;—1) va A song song véi d thi A c6 phuong trinh
A. x-2y+3=0. B. x-2y-3=0. C. x-2y+5=0. D. x+2y+1=0.

Loi giai
Chon B
Pudng thing d ¢6 1 vecto phap tuyén la n = (1;-2).
Dudng thing A di qua diém M (1;—1) va A song song v6i d nén A nhan n =(1;-2)lam vecto
phap tuyén.

Phuong trinh tong quat ctia dudng thang A 1a (x—l)—2(y+1)=0 & x-2y-3=0.

Viét phuong trinh tong quat ctia dudng thang di qua 2 diém A(0;-5) va B(3;0

A2 B.-2+2=1. cr- 2oy D. 221,
5 3 35 35 5 3
Loi giai
Chon C

Phuong trinh tong quat ctia duong thang di qua hai diém 4 (0; -5 ) va B (3; 0)

XV XY

3 -5 35

Trong mit phang Oxy cho hai diém 4(1;-3), B(-2;5). Viét phuong trinh tong quat ctia dudng
thang di qua hai diém 4, B.

A. 8x+3y+1=0. B. 8x+3y—-1=0.

C. 3x+8y-30=0. D.-3x+8y+30=0.

Loi giai
Chon'A
Tacod AB= (—3;8)1a vecto chi phuong ciia dudng thang di qua hai diém 4, B.
= 7i =(8;3) 1a vecto phap tuyén cta dudng thang di qua hai diém 4, B.
Phuong trinh tong quat duong thang can tim 1a

8(x—1)+3(y+3):0 & 8x+3y+1=0.

Page 32



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cho A4(-2;3), B(4;-1). Viét phuong trinh dudng trung truc ctia doan AB .
A. x+y+1=0. B. 2x+3y-5=0. C.3x-2y—-1=0. D. 2x-3y+1=0.

Loi giai
Chon C

Goi M 1a trung diém 4B = M (L;1).

Phuong trinh duong trung truc cia doan AB qua M (l; 1) nhan 4B = (6; —4) 13 vecto phap tuyén
c6 dang: 6(x—1)—-4(y—1)=0 < 3x-2y-1=0.

Trong mit phing v6i hé toa dd Oxy cho dudng thang d :x -2y +1=0 va diém M (2; 3) . Phuong

trinh duong thang A di qua diém M va vudng goc véi duong thang d 1a
A. x+2y-8=0. B. x-2y+4=0. C.2x—y-1=0. D. 2x+y-7=0.

Loi giai
Chon'D
A vuong goc d:x—2y+1=0=A c6 VIPT la n=(2;1).
A qua M(2;3) nén c6 phuong trinh la 2(x—2)+(y—3):0<:>2x+y—7:0.

Trong mit phang v6i hé toa dd Oxy cho hai diém A(O;—l), B(3;O) . Phuong trinh duong thing
AB 1a
A. x-3y+1=0. B. x+3y+3=0. C. x-3y-3=0. D. 3x+y+1=0.
Loi gidi
Chon'C

Taco AB =(3;1) la vécto chi phuong cia duong thing AB . Nén n = (1;-3) la vécto phap tuyén
ctia dudng thang AB .

Khi d6 phuon trinh duong thing 4B 1a x-3(y+1)=0 < x-3y-3=0.

Phuong trinh duong thang di qua hai diém 4(-2;4); B(-6;1) la:

A.3x+4y-10=0.  B.3x-4y+22=0. C.3x-4y+8=0. D.3x-4y-22=0
Loi giai

Chon B.

Taco (A4B): SANE.7 IS b Z RPN
Xp =Xy Ve~ V4 —4 -
Cho dudng thang(d):3x+5y—15=0. Phuong trinh nao sau day khong phai 1a mot dang khéc

cua (d).

X2 _ V78 3 4y+22-0

AX Yoy B. y=—Sx+3 c !’
3 5 y

(RS
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Cau 38:

Cau 39:

Cau 40:

Loi gidi
Chon C.
n= (3:5)

Ta c6 duong thing (d):3x+5y—15=0 c6 VIPT
quaA(S;O)

5

VTCPu =(—§;1 >

J:(d): x:5_§t Suy ra D dung.

quaA(S;O) y=t

=

(d):3x+5y—15=0<:>3x+5y:15<:>§+§:1 Suy ra A dung.

(d):3x+5y—15:0<:>—5y:3x—15<:>y:—%x+1 Suy ra B ding.

Cho dudng thing (d):x—2y+l = 0. Néu duong thing (A) di qua M(l;—l) va song song voi
(d) thi (A)c6 phuong trinh
A. x-2y-3=0 B. x-2y+5=0 C.x-2y+3=0 D. x+2y+1=0

Loi gidi

Chon A.

Taco (A)//(d)x-2y+1=0=(A):x-2y+c=0(c#=1)

Talaico M(L;—-1)e(A)=>1-2(-1)+c=0<c=-3

Vay (A):x—2y—3=0

Cho ba diém A(1;-2),B(5;—4),C(~1;4). Pudng cao A4’ cua tam gidc ABC c6 phuong trinh

A.3x-4y+8=0 B.3x-4y-11=0 C. 6x+8y+11=0 D.8x+6y+13=0
Loi gidi

Chon B.

Taco BC =(-6;8)

VIPT n=BC =(-6;8)

qua A(1;-2)

Suy ra AA':—6(x—1)+8(y+2)=O<:>—6x+8y+22:0<:>3x—4y—1120.

Goi AA' 1a duong cao cua tam giac AABC = AA' nhan {

Cho hai diém A (4; 0) , B (0; 5) . Phuong trinh nao sau day khong phai 1a phuong trinh ctia dudng
thang AB?

x=4-4¢ - —
A. (teR) B.Z+2=1 c.X 2.2 D. y="x+15
y=5¢ 45 -4 5 4
Loi giai
Chon D.
Phuong trinh doan chin (AB):%+%=1 loai B
VIPT n=(5;4)= VTCPu =(-4;5
(4B): 2+ L =1 5x+4y-20=0= (5:4) (~4:5)
45 qua A(4;0)
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Cau 41:

Cau 42:

Cau 43:

Cau 44:

—4-4
:(AB):{;zﬁ t(teR) loai A
(4B): 24 o1 o1 XXX nic
45 5 4 5 _4
5
(AB):£+X=1<:>Z=1—£<:>)/=——X+5Ch(_)nD
45 5 4 4

Cho dudng thing (d):4x-3y+5=0. Néu duong thang (A) di qua gdc toa d6 va vudng goc
voi (d ) thi (A) c6 phuong trinh:
A. 4x+3y=0 B. 3x—-4y=0 C.3x+4y=0 D. 4x-3y=0
Loi giai
Chon C.
Taco (A)L(d):4x—3y+5=0=(A):3x+4y+c=0
Ta lai c6 0(0;0)e(A)=c=0
Vay (A):3x+4y=0
Viét phuong trinh tong quét cua dudng thang di qua diem 7(-1;2) va vudng goc véi duong
thang c6 phuong trinh 2x—y+4 =0
A, —x+2y-5=0 B. x+2y-3=0 C.x+2y=0 D. x-2y+5=0
Loi giai
Chon B.
Goi (d) 1a duong thang di qua I(—l;2) va vudng goc v6i duong thing (dl):2x—y+4 =0
Taco (d)L(d) = ny, =u, =(12)
= (d):x+1+2(y-2)=0=x+2y-3=0

Phuong trinh tham sb ctia duong thang (d) di qua diém M (—2; 3) va vubng goc véi dudng thing
(d'):3x—4y+1=01a

x=-2+4 x=-2+3¢ x=-2+3t x=5+4¢
A. B. C. D.
y=3+3t¢ y=3-4¢ y=3+4¢ y=6-3t
Loi gidi
Chon B

Taco (d)L(d"):3x—4y+1=0 = VTCPu, =(3;-4) va qua M (-2;3)

Suyra (d): {j}i;z_t;t(r eR)

Cho AABC ¢6 A(2;-1);B(4;5);C(-3;2). Viét phuong trinh téng quét clia dudng cao AH .
A. 3x+7y+1=0 B. 7x+3y+13=0 C. 3x+7y+13=0 D. 7x+3y-11=0

Loi giai
Chon C.

Taco: BC=(-7;-3). Vi AH L BC nén
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Cau 45:

Cau 46:

Cau 47:

Cau 48:

= AH :3(x—2)-7(y+1)=03x~Ty-13=0

qua A(Z;—l)
H:<_

n=(3;-7) lam VTPT
Viét phuong trinh téng quat ciia duong thang di qua diém M (\/E ;l) va vudng goéc voi duong
thang c6 phuong trinh <\/§+l)x+<\/§—1)y =0.
A (1-32)x+ (V2 +1)y+1-242 =0 B. —x+(3+242)y-3-+2=0
C. (1=V2)x+ (V2 +1) y+1=0 D. —x+(3+2¢2)y -2 =0

Loi giai

Chon A.
Ta c6 dudng thiang vudng goc dudng thing voi dudng thang da cho

Suyra (d):(1-v2)x+(V2+1)y+c=0
Ma M (V2,1)e(d)=c=1-22
Vay (1—ﬁ)x+(ﬁ+1)y+1—2ﬁ=0

Cho dudng thing (d) di qua diém M (1;3) va c6 vecto chi phuong a =(1;-2). Phuong trinh

nao sau day khong phai la phuong trinh cua (d)?

A. {le_t B Xl _»=3 C.2x+y-5=0.  D. y=-2x-5.
y=3+2t -1 2
Loi gidi
Chon D.
VTCPa =(1;-2 - —1-
Taco (@) TCr = ):(d):{x e (teIR{):(d):{x 7! (1eR) loai A
quaM(1;3) y=3-2t y=3+2t

Ta co (d):{XZI_t (reR)= =13 154
y=3+2t -1 2

C6 VTCPa=(1;-2)= VTPTn=(2;1) suyra (d):2(x—1)+1(x-3)=0< 2x+3y-5=0 loai

C

Cho tam giac ABC c6 4 (—2; 3) ,B (1; —2) , C(—S; 4).Du:(‘)’ng trung truc trung tuyén AM c6 phuong

trinh tham sb

x=2 x=-2-4t x =2t x=-2
A. B. C. D.
3-21 y=3-2t. =431 y=3-21
Loi giai
Chon D.
. .2 Y x=-2
Goi M trung diém BC = M (-2;1) = AM :(0;—2):>(AM):{ Y
y=5=-
Cho hai diém A4(-2;3);B(4;—1). viét phuong trinh trung tryc doan AB.
A. x—y-1=0. B. 2x-3y+1=0. C. 2x+3y-5=0. D. 3x-2y-1=0.
Loi giai
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Cau 49:

Cau 50:

Cau 51:

Chon D.

Goi M trung diém 4B = M (1;1)

Tacd AB= (6;—4)

Goi d 1a duong thing trung truc ctia AB .

Phuong trinh d nhan VTPT n =(6;—4) vaqua M (1;1)

Suy ra (d):6(x—1)—4(y—1)=0<:>6x—4y—2:O<:>3x—2y—1:O

Puong thang (d) diqua 7(3;2) cat Ox; Oy tai M, N sao cho I la trung diém cta MN . Khi
d6 do dai MN bang

A. 52. B. 13. c. J10. D. 24/13.
Loi gii
Chon'D
N
I
0 M

D& thdy tam gidc OMN vudng tai O suyra MN =20I =2/3>+2% =24/13..
Cho tam giac ABC voi A(2;4); B(2;1) ; C(S;O) . Trung tuyén CM di qua diém nao dudi day?
A. (14;%). B. (10;—%). C. (-7;-6). D. (-15).

Loi giai

Chon'D

. 5 == 5
M 1a trung diém cua 4B nén M(2;E] ; CM(—3;E)

x=5-3¢
Phuong trinh tham s cia duong thang CM 1a 5 ,
2
) x=-1
Véi ¢t =2 thi {
y=3

Cho 3 duong thang (d,):3x-2y+5=0, (d,):2x+4y-7=0, (d,): 3x+4y-1=0. Viét
phuong trinh dudng thang (d) di qua giao diém cta (d,), (d,) va song song véi (d,).

A. 24x+32y-53=0. B. 24x+32y+53=0.
C. 24x-32y+53=0. D. 24x-32y-53=0.
Loi giai
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Cau 52:

Cau 53:

Chon'A

Toa d¢ giao diéem M cua (d,) va (d,) la nghiém ciia hé

3
x=—=
3x—2y =5
Y= o 8 [ -3.3L)
dx+dy=T 31 816
16

Phuong trinh duong thing (A) song song véi (d;) qua M(—%;%) c6 dang

(A): 3(x+%)+4(y—%j=0 <:>3x+4y—§:0 < 24x+32y-53=0.

Cho tam giac ABC c¢6 A(-1;-2);B(0;2);C(-2;1). Dudng trung tuyén BM c6 phuong trinh

la:

A.5x-3y+6=0 B. 3x-5y+10=0 C. x-3y+6=0 D.3x—y-2=0
Loi gidi

Chon A.

Goi M latrung diém AC DM(—%;—%j. W:(_é;_ij

BM qua B(O;Z) va nhan ﬁz(S;—3) lam VTPT :>BM:5x—3(y—2):0<:)5x—3y+620

Cho tam gidc ABC véi A(2;-1);B(4;5);C(=3;2). Phuong trinh téng quét cua dudng cao di

qua A cua tam giac la
A.3x+7y+1=0 B. 7x+3y+13=0 C. 3x+7y+13=0 D. 7x+3y-11=0

Loi gidi
Chon C.

Goi AH 1a duong cao cua tam giéc. ?5:(—7;—3).
AH di qua A(2;-1) vanhan n=(3;-7) lam VTPT
:>AH:3(x—2)—7(y+1)=0<:>3x—7y—13:O

DANG 3: XET VI TRI TUONG POI CUA HAI PUONG THANG

{cdc bai todn xét vi tri twong doi ciia hai dwong thang, tim diéu kién (c6 chira tham sé m) dé hai dwong

thang song song, cdt, tring, ...}

<0> PHUONG PHAP.
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Trong mit phiang voi hé toa dd Oxy, cho hai duong thing d:ax+by+c =0 va

d,:a,x+b,y+c, =0. Dé xét vi tri twong ddi ciia hai dudng thiang nay ta xét sb nghiém cia hé

. ax+by+c =0
phuong trinh (0.2)
a,x+b,y+c,=0

Néu h¢ (1 . 1) ¢6 duy nhit 1 nghiém ta n6i hai duong thang trén cit nhau toa d6 giao diém chinh

1a nghiém ctia hé phuong trinh néi trén. Néu hé (1 . 1) v6 nghiém ta n6i hai duong thang ndi trén

song song v6i nhau. Néu h¢ (1.1)nghiém dung véi moi x € R thi hai dudng thang trén tring

nhau. Tuy nhién dé thuan tién cho viéc xét nhanh vj tri twong ddi ctia hai duong thang ta cha ¥

nhan xét sau

Nhin xét. Néu a,b,c, #0 taco

a) ﬂ;«t[b)—'<:>allma’2:{l}

a, )

by LD 8 oy
a, h G

S B )
a, b, ¢

<¢> BAI TAP TU LUAN.

Cau 1:

Cau 2:

Caiu 3:

Xét vi tri trong ddi ciia hai dudng thing 1an luot co phuong trinh %_g =2 VA 6x—2y—-8=0

Loi giai

Ta co %—§=2 <3x-2y-6=0.Do g¢_—2 nén hai duong thang cit nhau.

Mat khac 6.3+ (—2).(—2) # 0 nén hai duong thang khéng vudng goc

Xét vi tri twong ddi ctia hai duong thing d 2x+y+15=0vad, x-2y-3=0.
Loi giai

d, co vecto phap tuyén 7, = (2;1).

d, c6 vecto phap tuyén 7, =(1,-2).

Taco i, =2.1+1.(-2)=0.

Vay d | va d2 vudng goc voi nhau.

Tim toa d6 giao diém cua hai duong thing 4x—3y—-26=0 va 3x+4y—-7=0.

Loi giai
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Cau 4:

Caiu 5:

Toa do giao diém ctia hai dudng thang 1 nghiém hé phuong trinh:

3x+4y-7=0

{4x—3y—26=0
y==

=5 .
<:>{x 5 Vay toa d6 giao diém la (5;—2).
Cho hai duong thang d, mx+(m—1)y+2m=0 va d,:2x+y—1=0.Tim m dé d,/1d, .
Loi giai

Ta c6 dl//dZ C}%:mT_l;éz—nl/l om=2.

Cho ba dudng thing d, :mx+(m—1)y+2m=0,d,:4x-3y-26=0 va dy:3x+4y~-7=0 Tim
m dé ba dudng thing trén dong quy.

Loi giai
giao diém cua hai duong thang 12 nghiém hé phwong trinh:

{4x—3y—26=0 {x=5
=

. Vay toa do giao diém la 1(5;—2) )
3x+4y-7=0 y=-2

Dé ba dudng thing ddng quy thi d, phai di qua / (5; —2) suy ra

m.5+(m—l)(—2)+2m=0<:>m:—%

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Xét vi tri twong d6i ciia hai duong thing d,:x—2y+1=0 va d,:-3x+6y-10=0,

A. Trung nhau. B. Song song.
C. Vuong goc v6i nhau. D. Cit nhau nhung khong vudng goc nhau.
Loi giai
Chon'B
d:x-2y+1=0 1 -2 1
ey =Tt ad,
d,:-3x+6y-10=0 -3 6 -10

Xét vi tri trong ddi cua hai dudng thang d, :3x—2y-6=0 va d, :6x—2y—-8=0.
A. Trung nhau. B. Song song.
C. Vuong goc v6i nhau. D. Cit nhau nhung khong vudng goc nhau.

Loi giai
Chon D

d:3x-2y-6=0—ii =(%-2) [2+22 , S
—><6 -2 ——>d,, d, cit nhau nhung khong vudng goc.
dy:6x-2y—8=0—1,=(6,-2)

i, i, #0
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Caiu 3:

Cau 4:

Cau 5:

Cau 7:

Xét vi tri twong ddi ctia hai duong thing d, :%—%=1 vad,:3x+4y-10=0.

A. Trung nhau. B. Song song.
C. Vuong goc véi nhau. D. Cit nhau nhung khong vudng goc nhau.
Loi gidi
Chon C
d1£_l:1_)ﬁ1:(la_lj o
3 4 3 4 —n-n,=0—>d, Ld,.

d,:3x+4y-10=0— 7i, = (3;4)

L., e, . . B x=-3+4¢ . x=2-2¢
Xét vi tri twong doi cua hai duong thing d, : vad,: -
y=2-6t y=-8+4t
A. Trung nhau. B. Song song.
C. Vudng goc v6i nhau. D. Cit nhau nhung khong vudng goc nhau.
Loi giai
Chon'B
=-3+4t
dl:{x . — A(-3;2)ed,, i, =(2;-3) 7 3
y = — —_
{2 —>31-2 3 —d | d,.
=1-2¢
d,:1" i, =(-2:3) A¢d,
y=4+3t

Cho hai dudng thang (d,):mx+y=m+1,(d,):x+my =2 cit nhau khi va chi khi :

A. m#2. B. m=##l1. C. m=#1. D. m#—1.
Loi giai

Chon C

+y=m+1(1
(d)n(d,) < mty=m+1(1) c6 mot nghiém
x+my=2(2)
Thay (2) vao (1) :>m(2—my)+y:m+1@(l—mz)yzl—m(*)
R . . A . . A n 1-m*>#0
H¢ phuong trinh c6 mdt nghiém <:>(*) c6 mét nghiém < 120 Sm#l.
m—1#

Duodng thang (A): 3x—2y-7=0 cit duong thing nao sau day?
A. (dl):3x+2y=0 B. (d2)23x—2y:0

C. (d,):=3x+2y-7=0. D. (d,):6x—4y—14=0.
Loi giai

Chon'A

Ta nhén thy (A) song song voi cac duong (dz);(d3);(d4)

x=1-2¢

va (d'):3x—2y—1=0. Toadd cua M la
y=-3+5¢t

Giao diém M cua (d) :{
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A. M(z;—ﬂj. B. M(O;l} C. M(O;—lj. D. M(—l;OJ.
2 2 2 2

Loi giai
Chon C
x=1-2¢
Taco (d): = (d):5x+2y+1=0
y=-3+5t¢
, o  [ax-2y-1=0 |*=0
Taco M =(d)n(d')= M 1a nghiém cta hé¢ phuong trinh = 1
S5x+2y+1=0 y=—5
Cau8: Phuong trinh nao sau diy biéu dién duong thing khong song song voi duong thing
(d):y:Zx—l?
A. 2x—y+5=0. B. 2x—-y-5=0. C. 2x+y=0. D. 2x+y-5=0.
Loi giai
Chon'D

Taco (d):y=2x—1=>(d):2x—y—1=0 chon D

A C ey 2 x=-245t < . 4.2 , n
Cau9:  Hai dudng thang (d,): y va (d,):4x+3y—18=0. Cit nhau tai diém co toa do:
y:
A. (2:3). B. (3;2). C. (1,2). D. (2:1).
Loi giai
Chon' A
. x=-2+5t
Taco (d,): =(d,):2x-5y+4=0
y=2t
. . . o . 2x-5y+4=0 x=2
Goi M :(a’l)m(dz) = M 1a nghiém cua hé phuong trinh =
4x+3y—18=0 |y=3

Cau 10: Cho hai duong thing (d,):mx+y=m+1,(d,):x+my =2 song song nhau khi va chi khi

A. m=2. B. m=+1. C. m=1. D. m=-1.

Loi giai
Chon D.
{mzl
=1 m=-1
(d,);(d,) song song nhau < " =N Sm=-1
m’ +m#2 m#1
m#-=2

Cau 11: Cho 4 diém 4(1;2),B(4;0),C(1;,-3),D(7;=7). Xéc dinh vi trf twong ddi clia hai dudng thang

AB va CD.
A. Song song. B. Cit nhau nhung khéng vudng goc.
C. Trung nhau. D. Vudng goc nhau.
Loi giai
Chon'A
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Taco AB=(3;-2),CD =(6;-4)

Ta c6 é=_—2
6

Suyra AB//CD
Chu 12: Vi gié tri ndo cia m thi hai duong thang (A,):3x+4y—-1=0 va (A,):(2m—1)x+m’y+1=0

trung nhau.
A.m=2 B. moi m C. khong c6 m D. m=+1
Loi gidi
Chon'C
3=2m-1
(A)=(A,) e 4=m"
-1=1 (VL)

Cau 13: Trong mat phéng véi hé toa d0 Oxy, cho ba duong théng lan luot ¢o phuong trinh
d 3x-4y+15=0, d, :5x+2y—-1=0 va d, :mx—(2m—1)y+9m—13:0. Tim tat ca cac gia

tri ctia tham s6 m dé ba duong thang dd cho cung di qua mot diém.

A.m:%.. B. m=-5.. C.m:—%.. D. m=5.

Chon.D

o ld,:3x—=4y+15=0 x=-1
Ta co: = —d nd,=A4(-1;3)ed,
d,:5x+2y—-1=0 y=3

—>-m—-6m+3+9Im-13=0=m=>5..

Cau 14: Néubaduongthang d,: 2x+y-4=0, d,:5x—2y+3=0 va d, :mx+3y—2 =0 dong quy thi
m nhan gia tri nao sau day?
12 12

A = B. - —=. C. 12. D. —12.
5 5
Loi gidi
Chon.D
I
d:2x+y—-4=0 )
A ¢ SN ? %dlmdzzA(é;éjeag
d,:5x—2y+3=0 26 9°9
J’:?

5m 20 5 e m=-12..
9 3

Cau15: Voi gia tri nao cia m thi ba duong thing d :3x—-4y+15=0, d,:5x+2y—-1=0 va
dy:mx—4y+15=0 dong quy?
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Cau 16:

Cau 17:

Cau 18:

A.m=-5. B. m=5. C. m=3. D. m=-3.
Loi gidi
Chon.C

d :3x-4y+15=0 x=-1
<~
d,:5x+2y—-1=0 y=3

—->-m—-12+15=0=m=3.

Vi gid tri ndo ctia m thi baduongthiang d, :2x+y—1=0,d, :x+2y+1=0va d,:mx—y—7=0
ddng quy?
A. m=-6. B. m=6. C.m=-5. D. m=5.
Loi giai

Chon.B

d :2x+y-1=0 x=1

=S —d Nnd,=A(l;-1)ed, &m+1-7T=0 m=6.

d,:x+2y+1=0 y=-1
Cho A4BC véi A(1;3), B(-2;4), C(-1;5) va dudng thang d :2x—3y+6=0. Duong thing d

cit canh nao cua AABC?
A.Canh AC. B. Khong canh nao.  C.Canh A4B. D. Canh BC.

Loi giai
Chon B
Thay diém 4 vao phuong trinh duong thang d ta duge —1
Thay diém B vao phuong trinh dudng thiang d ta duoc —10
Thay diém C vao phuong trinh duong thang d ta duge —11
Suy ra diém A va B nam cung phia dbi véi d nén d khong cit canh AB.
diém 4 va C nam cung phia dbi voi d nén d khéng cit canh AC

diém C va B nam cung phia ddi voi d nén d khéng cit canh BC.

y. ., . N ” N . N 2 n n , x:1+(m2+1)[
Véi gia tri nao cua m thi hai duong thang sau day vuong goc (Al):

va
y=2—mt

x=2-3¢
(A2): _ '

y=1-4mt
A.m:i\/g B. m=—/3 C. m=43 D. khong c6 m

Loi giai

Chon' A

(A) ¢6 u,=(m’+1;-m); (A,) b u, =(-3;-4m)

(A)L(A) e u Lu, & -3(m +1)+4m’ =0 m’ =3 m==53
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Cau19: Cho 4 diém A(-3;1),B(-9;-3),C(=6;0),D(-2;4). Tim toa do giao diém clia 2 dudng thang

AB va CD.

A. (-6;-1) B. (-9;-3) C. (-9;3) D. (0;4)
Loi gidi

Chon B.

Tacod AB=(-6;-4)=VIPTn,, =(2;-3)= (4B):2x—3y=-9

Ta cé CD =(4;4)= VTPT ng, =(1,-1)= (CD):x-y =6
Goi N=ABNCD

:>N(—9;—3)

. o 12x=-3y=-9 x=-9
Suyra N la nghiém cua hé =

x—-y=-6 y=-3
DANG 4: TINH GOC, KHOANG CACH
{Xdc dinh va tinh géc giita hai dwong thang, khodng cdch tir diém dén dwong thang, ...}

<0> PHUONG PHAP.

Trong mit phiang voi hé toa dd Oxy, cho hai duong thing d:ax+by+c =0 va
d,  a,x+b,y+c, =0.Khido goc giira hai duong thang dugc tinh theo cong thirc.

I’l I’l
1-7%2 |a1a2+b1b2|

2 2 2 2
| || \/al +b, \/a2+b2

Trong mit phang v6i hé toa dd Oxy, cho dudng thing A:ax+by+c=0 va diém M, (x,;,).

cos d,,d

Khi d6 khoang cach tir diém M, 0 dén duong thang A duoc tinh theo cong thuc:

|ax0 +by, + c|

Ja* +b?

d(My;A)=

<¢> BAI TAP TU LUAN.

Cau 1:  Tinh khodng cach tir diém M (1;—1) dén duong thing A:3x—4y—17=0
Loi giai
3.1-4(-1)-17] 10 _
J3 +(—4)2 5

CaAu2: Cho hai dudng thang d, :2x—4y—3=0 va d, :3x—y+17=0. Tinh sb do goc gitra d, va d,.

Ap dung cong thirc tinh khoang cach ta ¢ d (M,A) =

Loi gidi
23+(=4).(-) 10 2
J2 +(—4) 3+ (1) 10V2 2

Suy ra s6 do goc giita d, va d, 1a 45°.

Taco cos(d,,d,)=
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Cau 3:

Cau 4:

Caiu 5:

Ciu 6:

Cho hai duong thang song d :5x=7y+4=0 vad,:5x—7y+6=0. Phuong trinh duong thang
song song va cach déu d, va d, 1a

Loi gidi
Cach 1: Ty luan.

Goi la d dudng thang song song va cach déu d, vad,.

Suy ra phuong trinh d c6 dang: 5x-7y+c=0 (c;t4, c¢6)

<c=5

Mat khic: d(d:d,)=d(d:d,) < | 2 @{0_4%_6

J5+(=7) 5 +(-7) c—4=—c+6
Cach 2: Tric nghiém.
Phuong trinh dudng thang song song va cich déu d, va d, 1a

5x—7y+6L24=0<:>5x—7y+5=0

Tinh di¢n tich tam gidc ABC voéi A(3;—4), B(l;S), C(3;1) la
Loi gidi
Ta cod E:(—2;9) :>|E| —/85.

Phuong trinh duong thing 4B 1a x—_;:yT“‘ & 9x+2y-19=0.

. , q 93+2.1-19] 10
Khoang cach tir diém C dén duong thang AB 1a d(C, AB)= | |

V9% 422 N
A . . 1 10
Dién tich tam giac ABC 1a S ;- ZE\/SS'E =5,

Cho duong théng di qua hai diém A(3,0) , B (0;4) . Tim toa d6 diém M nam trén Oy sao cho

dién tich tam giac MAB bang 6
Loi giai
Ta co E:(—3;4) :>|Zj§| =5.

Phuong trinh duong thing AB 1a %%:1 < 4x+3y-12=0.

Goi M (0;m)e Oy = d(M,AB)= |3m—12| = |3m—12|'

V32 + 47 5
Dién tich tam gidc MAB bang 6 nén
1 pm-12] 3m=0 m=0=>M{(0;0)
—S——=6opBn-12=12 < = :
2 3m=24 | m=8=M(0;8)

x=9+at

s (teR) va dudng thang
y=17=

Xac dinh tit ca cc gia tri cua a dé goc tao boi duong thang {

3x+4y—-2=0 bang 45°.
Loi giai
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Goi ¢ 1a goc giira hai dudng thing di cho.

x=9+at

Puong than
8 g{y=7—2t

(1 €R) c6 vecto chi phuong 1a i =(a;-2).

Dudng thang 3x+4y -2 =0 c6 vecto chi phuong la v =(4;-3).

Ta c6 cos —|cos(ﬁ 17)| &> cos45° = | 1 |4a+6|
S b CVE sVaea

0

& 5Va’ +4 =+2|4a+6| © 254> +100 =324* +96a + 72

2
T +96a-28=0< 777

a=-14

Cau7: Duodng thang A di qua giao diém cia hai duong thang d, :2x+y—3=0 va d, :x—-2y+1=0
dong thoi tao véi duong thang d, :y—1=0 mot goc 45° c6 phuong trinh:
Loi giai

d :2x+y-3=0 x=1
= —d,nd,=A(L;1)eA.
d,:x=2y+1=0 yv=1

Taco dy:y—1=0—>17, =(0;1),goi 7, =(a;b), ¢ =(A;d,). Khi d6

|b| 22 _op? a=b—>a=b=1->A:x+y-2=0
——=COoSQ = ~a +0 = f— .
2 4 Vat +b2 A0 +1 a=-b—>a=Lb=-1>A:x-y=0

Cau 8: Trong mit phing toa do Oxy, cho diém M (1;—1) va hai duong thiang co phwong trinh
(d,):x=y-1=0,(d,):2x+y-5=0. Goi 4 la giao diém cia hai dudng thing trén. Biét rang
¢6 hai duong thang (d ) di qua M cit hai dudng thang trén 1an luot tai hai diém B,C sao cho

ABC 1a tam gidc c6 BC=3A4B c¢6 dang: ax+y+b=0 va cx+y+d=0, giad tri cua
T=a+b+c+dla

Loi giai

[

dl)
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Cau 9:

Toa @0 A(2;1)

. 1 3
Goi «a la goc gitra hai duong thang (d,) va (d,), cosa =— = sina=——
(d,) va (d;) o o
Xét tam giac ABC ta co: 43 = ?C :>sinC:L
sinC sin4 V10

Goi f la goc giira hai duong thing (d) va (d, ), suy ra: sinﬁ=ﬁ:>cosﬂ=% (1)
Gia st (d) 6 vec to phap tuyén la n(a;b)
Tir (1) tacé: cosf=—— Rartl _ 3 o gaper o@{a:b
r a co: = = a’ —8a -
VIO T a2 25 10 a=7Tb

Vi a=b mot vec to phap tuyén n=(L;1)=d :x+y =0
Véi a=7b mét vec to phap tuyén n(7;1)=d:7x+y-6=0
Vay: T=1+0+7-6=2

Trong mit phang Oxy, cho hai dudng thing (dl ) 2x—y+5=0va (dz) :Xx+y—3=0 cit nhau
tai 7. Phuong trinh duong thang di qua M (—2;0) cat (d,),(d,) tai 4 va B sao cho tam gidc
IAB cantai A c6 phuong trinh dang ax+by+2=0.Tinh T =a—5b.

Loi giai

Pudng thing (d,),(d,) c6 véc to phap tuyén lan lugt 1a n, = (2;—1), n, =(L1).
Goi (A) 1a duong thang can tim ¢ véc to phap tuyén 1a n= (a;b).

Géc giita 2 duong thang (d,), (d,) va (A), (d,) x4c dinh béi:

(d d n.n, |2 1—1. 1| 1
cos(d,, =,
] nz| J2 (1) P Jio
|n n, la+b] la+ 8]
cos(A,d — = .
( ) n. n, \/a +b° \/lz—l—l2 \/E.\/az—l—b2

Vi (A) cét (d,),(d,) tai 4 va B tao thanh tam gidc /4B céntai 4 nén
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|a+b| 1

cos(dl,dz):cos(A,d2)<:>ﬁ\/a2+b2:m¢>\/§|a+b|:«/a2+bz

a=-2b

&5(a+b) =a* +b* & 2d° +5ab+b =0 L,
a=——

2

+ a=—2b:chon a=2=b=—1:phuong trinh duong thang la:

2(x+2)—y=0&2x—y+4=0 (L).
1 ,
+ a:—zb : chon @ =1= b = —2: phuong trinh duong thang la:

(x+2)-2y=0&x-2y+2=0 (T/m).Dodo T=a—5b=1-5(-2)=11.
Trong mit phang véi hé toa dd Oxy, cho hai diém A(L;1), B(-2;4) va duong thing

A:mx—y+3=0.Tim tit ca cic gia tri cia tham s6 m dé A cach déu hai diém 4, B.

Cau 10:
Loi giai

15
Goi I 1a trung diém doan AB — ( 2’2j
AB=(-3;3)>ii,, =(L1)

Khi d6: A:mx—y+3=0 (ii, =(m;—1)) cach déu 4,B

leA m 5

-——-—+3=0 m=1
Slm -1 2 2 ind (VORI

11 m=-1
Cau 11: Trong mat phang toa dd Oxy, goi d 1a duong thang di qua M (4;2) va cach diém A4(1;0) khoang

cach o Biét rang phuong trinh dudng thing d c6 dangx+by+c=0 véi b,c 13 hai sb
nguyén. Tinh b+c.
Loi giai
Tacd: M(4;,2)ed ©4+2b+c=0=c=—-4-2b. (1)

1+ 3410 - ,
d(A,d)—W— - S 100+ =901+5%). ()

b = —3(tmdk)
Thay ¢ =—4—2b vao PT (2) ta dugc PT: 315> +120h+81=0 <

b=—£(ktmdk)
31
=>b=-3,c=2=b+c=-1..

Céhu 12: Trong mit phing toa dd Oxy cho A:x—y+1=0 vahaidiém 4(2;1), B(9; 6). Diem M (a; b)

nam trén dudng A sao cho MA+MB nho nhét. Tinh a +b.
Loi giai
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Cau 13:

Cau 14:

Goi A’ d6i xtmg 4 qua d tacod A'(0;3) khi do diém M = A/'BNd

Tim dugc M (3;4).

Trong mat phéng v6i hé toa do Oxy, cho duong théng d:x—4y+15=0 va diém A (2; O) . Tim

toa do diém M thudc d dé doan AM c6 dd dai nho nhét.
Loi giai

Diém M ed< M(4t-15;t)

Taco: AM =[(4-17) +1* = 17 (£ -8t +17) =\/17[(t—4)2 +1} >\17, vieR.

= min AM = \/ﬁ,dat duoc tai t =4 . Khi déM(1;4).

Cho 3 diém A(-6;3);B(0;—1);C(3;2). Tim M trén dudong thing d:2x—y-3=0 ma
MA + MB + MC|nho nhét 1a
Loi giai

Cach 1:

Tim toa do diém I(x;y) sao cho IA+IB+IC=0.Suyra 1(—1;%)

Ta c6: MA+MB+MC =3MI +14+ 1B +IC

[MA + MB + MC|=3|Mi|. Vay [MA + MB + MC| nho nht khi 17| nho nhdt.
|A71’| nhé nhat khi M 14 hinh chiéu vudng goc ctia I xudng duong thing d .
Puong thiang d’ di qua I va vudng goc véi d cd phuong trinh: x+2y :g

2x—y=3
M 1a giao diém ctia d va d' nén M 1a nghiém cua hé: 5> M (_—B,Ej
x+2y:§ 15 15

Cach 2:

M thudc d suyra M (£;2¢+3)

MA+ MB + MC = (-3-3t;—61 - 5)

|__. _ _

MA+MB +MC| = \[(-3-3t)"" +(~=6-5t)’

2
|W+E+ATC = 4582 +78¢ +34 :\/45(”%) +§
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Cau 15:

Cau 16:

MA + MB + MC| nhé nhét khi t:—%. Suy ra M(_l—lj,%j

Trong mit phing voi hé toa dd Oxy, cho tam gidc ABC c6 dinh A(2;2), B(1;-3), C(-2;2).
DPiém M thudc truc tung sao cho MA + MB + ]\TC| nhoé nhét co tung do 1a?
Loi giai

Goi G(a;b) 1a trong tim tam gidc ABC. Suy ra

azxA+xB+xC a=2+1—2 a=l .
3 & 3 Rt 3:>G(—;—j.
b:yA+yB+yC b:2—3+2 b:l 33
3 3 3

Ta co: MA + MB + MC| = MG + GA+ MG + GB + MG + GC| = [3MG| = 3MG .

Suy ra |m +MB + ATC| nhé nhat khi MG nhé nhat.

Mat khac M thudc truc tung nén MG nhd nhéat khi M 1a hinh chiéu cia G 1én truc tung.
. 1

Vay M (O;gj.

Trong mit phang toa dd Oxy cho A:x—y+1=0 va hai diém 4(2;1), B(9;6). Diém M (a;b)
nam trén dudng Asao cho MA + MB nho nhit. Tinh a +b ta dugc két qua 1a:

Loi giai
Goi A’ 1a diém ddi xing ciia A qua dudng thang A

B

H/Mu M

q'

Taco: MA+MB=MA'+MB> A'B

bang thirc xdy ra < M trung véi Mo (Mo la giao diém cua Ava A’B)
Tacé: AA'LAnénn,, =a, =(L1)

(AA"):x+y-3=0

Goi H=AA'NA = H(1;2)

Vi A’ d6i xtmg v6i A qua Anén H 1a trung diém AA’ = A'(0;3)

Duong thang A’B qua B ¢6 VICP A'B=(9;3)=3(3;1)=n,, =(1;-3)
—A'B:x-3y+9=0
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Cau 17:

Cau 18:

x-y+1=0

Toa dd My thoa hé: { <M, (3;4)

x—-3y+9=0
:>M(3;4). Vidy a+b=17

Trong mat phéng v6i hé toa do Oxy ,cho tam gidc ABC cd dinh A(2; 2) va trung diém cua BC
1al(~1;-2). Piém M (a;b) thoa man 2MA+MB+MC =0. Tinh S=a+b.

Loi gidi
Goi K trung diém Al = K(%;Oj.

Taco 2MA+MB+MC =0 2MA+2MI =0 = 4MK =0 > M =K

:>a+b:l+0:l.
2 2

Trén mat phéng Oxy , cho hinh vudéng ABCD . Goi M la trung diém cua canh BC, N 1a diém
trén canh CD sao cho CN =2ND . Gia st M (%,%) va duong thang AN c6 phuong trinh
2x-y-3=0.Goi P(a;b) la giao diém cta AN va BD.Giatri 2a+b bang:

Loi giai

C

Ta chirng minh dugc MP L AN ,nén P la hinh chiéu cia M trén AN .

(That vy gin hé truc toa o Dxy, D(0;0),C(10),B(1;1), A(0;1). Khi do M(l;%);N(%;O).

Phuong trinh dudng thang BD: y = x. Phuong trinh duong thang AN :3x+ y=1.
.2 11 carm [3 -1 == (1 —_
biém P Z’Z .Khido MP = T’T ;AN = g;—l = MP.AN =0= MP 1 AN (dpcm).

Phuong trinh dudng thing MP qua M va vudng goc v6i AN 1a x+2y —% =0.

2x—y=3 5
P 1a giao diém MP va AN néntoadd P la nghi¢m hé 13 *= 2.
x+2y:? y=2
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N 5
T do: a:E, b=2=2a+b=7.

Cau 19: Trong mit phing toa @6 Oxy, cho tir gidc ABCD ndi tiép duong tron duong kinh BD . Goi M
, N lan luot 13 hinh chiéu vudng goc cia 4 1én BC va BD: goi P la giao diém cia MN va
AC . Biét dudng thang AC 6 phuong trinh x—y—1=0,M (0;4),N(2;2) va hoanh d6 diém
A nho hon 2. Tim toa do cac diém P, A4,B.

Loi giai

* Ta chitng minh P 1a trung diém ctua AC .

That vay: do céc tir gidc ABMN , ABCD 1a céc tit gi4c ndi tiép nén AMP = ABN = ACD

Laido: AM //CD (cung vudng goc voi BC' ) nén ACD = CAM = PAM = PMA
= APAM cantai P = PA=PM . Déng thoi APCM cantai Pnén PC = PM
= PA=PC hay P latrung diém cta AC .

-Tacé: m=(2;—2):>du(‘)’ngth§ng MN c6 phuong trinh: x+y—-4=0

5
. —y=1=0 -5
biém P co toa dd la nghi¢ém cua hé =) o 2:>p: 5.3
x+y-4=0 3
2

-Do BC diqua M(0;4) va C(5;4) nén BC c6 phuong trinh: y—4=0.

- Lai co: AN = (2 ; 3) 1a vecto phap tuyén ciia BD nén phuong trinh BD la: 2x+3y-10=0.
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y-4=0 {x:_1:>B:(—1;4).

Toa do diém B la nghiém cua hé phuong trinh: &
2x+3y-10=0

y=4
(53
Vay P| == |, 4(0;-1), B(-1;4).
272
CAu20: Dudng thing d: ﬁ+%=1 , (a#0;b0) diqua M (~1;6) tao vdi tia Ox,Oy mot tam gidc c6
a

dién tich bang 4. Tinh S = a + 2b.
Loi giai
. -1 6
d diqua M(-16) <= —+Z:1 (D).
a

Puong thing cit tia Ox tai A(a;0),a>0= 04 =a.

Puong thang cit tia Oy tai B(0;b), b>0= OB =bh.
AOAB vudng tai O nén c6 di¢n tich 1a %OA.OB = %ab.
Theo dé %ab =4 ab=8 (2).

T (1),(2) suyra: a=2;b=4=S=a+2b=10.
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CHUONG |

PHUONG PHAP TOA PO
I X TRONG MAT PHANG

BAI 2. PHUONG TRINH PUONG THANG

@ HE THONG BAI TAP TRAC NGHIEM.

DANG 1. XAC PINH VECTO CHI PHUONG, VEC TO PHAP TUYEN CUA PUONG THANG,
HE SO GOC CUA PUONG THANG

Cau 1:

Cau 3:

Cau 5:

Ciu 6:

Cau 7:

Trong mit phang Oxy, duong thang (d): ax+by+c=0, (a2 +b* # O). Vecto nao sau diy la
mot vecto phép tuyén cia duong thing (d)?

A. ﬁz(a;—b). B. ﬁ:(b;a). C. ﬁ:(b;—a). D. ﬁ:(a;b).

Cho dudng thang d c6 mot vecto phap tuyén 1a n=(a;b), a,b € R. Xét cac khang dinh sau:

1. Néu b =0 thi duong thing d khong c6 hé sb goc.

2.Néu b#0 thihé s6 goc ciia dudong thang d 1a %.

3. Dudng thang d c6 mot vecto chi phuong la u = (b;—a).

4. Vecto kn, ke R 1a vecto phap tuyén cua d .

C6 bao nhiéu khing dinh sai?

A. 3. B. 2. C. 1. D. 4.

Trong mit phang toa d6 Oxy, cho duong thing d :x—2y+3=0. Vecto phap tuyén cia dudng
thang d 1a

A. n=(1;-2) B. n=(2;1) C. n=(-2;3) D. n=(1;3)
Cho duong thing (d):3x+2y—10=0. Véc to ndo sau déy 1a vécto chi phuong ctia (d)?
A u=(3;2). B. u=(3;-2). C.u=(2;-3). D. u=(-2;-3).
Cho duong thang A: *e ) mot vecto phap tuyén ciia dudng thing A co toa do
y=-3+3¢
A. (5-3). B. (61). C. (%3) D. (-53).
. , =-2-
Trong h¢ truc toa d0 Oxy, Vécto nao la mdt vécto phdp tuyén ctia dudong thang d : {x It t2t ?
y=-
A. n(=2;-1). B. n(2;-1). C. n(-12). D. n(1;2).
, x=1-4¢t
Vecto chi phuong cuia duong thang d : { la:
y=-2+3t
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Ao u=(-4;3). B. u=(4;3). C. u=(34). D. u=(L;-2).

Vector nao dudi day 1a 1 vector chi phuong ctia dudng thiang song song véi truc Ox

A. u=(1;0). B. u=(;-1). C.u=(l). D. u=(0;1).

Cho duong thang d : 7x+3y—1=0. Vecto nao sau day 1a Vecto chi phuwong ctia d?

A u=(7;3). B. u=(37). C.u=(-37). D. u=(2;3).

Cho duong thang d : 2x+3y—4=0. Vécto nio sau day 1a vécto phap tuyén cua duong thiang d
?

A =(3;2). B.m=(—4;-6).  C.nm=(2;-3). D. n, =(-2;3).

Cho dudng thiang d: 5x+3y—7=0. Vecto nao sau day la mot vec to chi phuong cta dudng
thang d?

A. n =(35). B. n, =(3;-5). C. n,=(53). D. n, =(~5;-3).
Cho duong thing A:x—2y+3=0. Véc to nao sau ddy khong 1a véc to chi phuong cia A?
A u=(4;-2). B. v=(-2;-1). C. m=(2;1). D. ¢=(4;2).
Cho hai diém 4=(1;2) va B=(5;4). Vecto phap tuyén cia duong thing 4B la

A. (—1;—2). B. (1;2). C. (—2;1). D. (—1;2).

Cho dudng thing d : 7x+3y—1=0. Vecto nao sau diy la Vecto chi phuong ctia dudng thang d?
A u=(7;3). B. u=(37). C.u=(-37). D. u=(23).
Vecto nao dudi day 1a mot vecto phap tuyén ciia d :x—2y+2018=0?

A. 7 (0;-2). B. 7, (-2;0). C. ﬁ4(2;1). D. 7, (1,-2).
Vecto nao trong cac vecto dudi day 1a vecto phap tuyén cia duong thang y+2x—-1=07?

A, (2-1). B. (1;2). C. (-21). D. (-2-1).

Trong mit phing Oxy, cho dudng thing d:2x—y+1=0, mdt vécto phap tuyén cia d 1a
A. (—2;—1). B. (2;—1). C. (—1;—2). D. (1;—2).
Trong mit phang véi hé toa d Oxy cho dudng thiang d :2x—3y+4=0. Vecto nio sau day la

mot vecto chi phuong cuia d.

A u,=(3-2). B. u, =(2;3). C. u, =(2-3). D. u, =(3;2)
Vecto nao sau day 1a mot Vecto chi phuong cia dudng thang A:6x—2y+3=0?
A u(1;3). B. u(6;2). C. u(-13). D. u(3;-1).

Cho hai diém M (2;3) va N(-2;5). Dudng thing MN c6 mdt vecto chi phuong 1a:

A u=(42). B. u=(4-2). C.u=(-4-2). D. u=(-24).

Trong mit phiang véi hé toa dd Oxy, cho dudng thing d:x—2y+1=0. Mt vecto chi phuong
ctia dudng thang d 1a

A ii=(1;-2). B.ii=(21). C.ii=(2-1). D. ii=(12).
Dudng thang d c6 mot vecto chi phuong la u =(2;-1). Trong c4c vecto sau, vecto nao la mot
vecto phép tuyén cta d ?

A. n =(-1;2). B. n, =(1;-2). C. n,=(-3;6). D. n, =(3;6).
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Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Duong thing d c6 mot vecto phap tuyén la n =(4;-2). Trong cac vecto sau, vecto nio la mot
vecto chi phuong cua d ?

A u, =(2;-4). B. u, =(-2;4). C. u, =(1;2). D. u, =(2;1).

Duodng thing d c6 mot vecto chi phuong 1a i =(3;—4). Dudng thang A vudng goc véi d b
mot vecto phap tuyén 1a:

A. n =(43). B. n, =(—4;-3). C. n,=(3;4). D. n, =(3;-4).
Dudng thang d c6 mot vecto phap tuyén 1a 7 =(-2;-5). Puong thing A vuéng goc v6i d co
mot vecto chi phuong la:

A. u, =(5;-2). B. u, =(-5;2). C. uy =(2;5). D. u, =(2;-5).
Puong thing d c6 mot vecto chi phuong 13 u = (3;—4). Dudng thang A song song véi d cb
mot vecto phap tuyén 1a:

A. n =(43). B. 1, =(~4;3). C. n, =(3;4). D. n, =(3;-4).
Puong thing d c6 mot vecto phap tuyén 1a n= (—2;—5). Pudng thing A song song v6i d co
mot vecto chi phuong la:

A. u, =(5;-2). B. u, =(-5-2). C. uy =(2;5). D. u, =(2;-5).

DANG 2. VIET PHUONG TRiNH PUONG THANG VA CAC BAI TOAN LIEN QUAN
Dang 2.1 Viét phwong trinh dwong thing khi biét VIPT hoic VICP, HE SO GOC va 1 diém di qua

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Trén mét phing toa dd Oxy, cho hai diém A4(-2;3) va B(4;-1). Phuong trinh nao sau day 1a
phuong trinh duong thang 4B ?

x—4 y—l. D. x=1+3t
6 —4

A. x+y-3=0. B. y=2x+1. C. = .
y ye y=1-2

Phuong trinh tham s cua duong thang di qua hai diém 4(2;-1) va B(2;5) 1a
x =2t x=2+t x=1 x=2

A. . B. . C. . D. .
y =—06t y=5+6t y=24+6t y=-1+6¢

Trong mit phang toa do Oxy, cho hai diém 4(3;-1) va B(-6;2). Phuong trinh nao duéi day
khéng phai 13 phuong trinh tham sé cua duong thang AB ?

x=3+3t x=3+3t x=-3t x=—-6-3¢
A. . B. . C. . D. .

y=—1-t y=—l+t¢ y=t y=2+t
Phuong trinh tham s cia duong thang qua M (1;—2), N (4;3) la

x=4+t x=1+5¢ x=34+3¢ x=1+3¢
A. . B. . C. . D. .

y=3-2t y=-2-3t y=4+5t y=-2+5¢
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Cau 32: Phuong trinh tham s6 cia duong thang di qua hai diém A(3; —1),B (—6; 2) la
x=—1+3¢t x=3+3t x=3+3t x=3+3t
A. : B. : C. : D. :
y=2t y=-1-t y=-6—t y=-1+¢
Céu 33: Trong mit phang toa dg, cho hai diém A(3;0),B(0;2) va dudng thing d : x + y = 0. Lap phuong

trinh tham sb ctia duong thing A qua A va song song véi d .

x=t x=t x=—t X =—t

A. . B. . C. . D. .
y=3-t y=3+t y=3—t y=3+t

A \ 2 , X L |x=5+1 X 2 o \
Cau 34: Cho duong thang d c6 phuong trinh tham so { 9—2;" Phuong trinh tong quat cua duong
y=-=
thang d 1a
A. 2x+y—-1=0. B. 2x+y-1=0. C. x+2y+1=0. D. 2x+3y-1=0.

Céu 35: Trong mit phing Oxy cho diém M(1;2). Goi 4,B 1a hinh chiéu cia M 1én Ox,Oy. Viét
phuong trinh duong thing AB .

A. x+2y—-1=0. B. 2x+y+2=0. C.2x+y-2=0. D. x+y-3=0.
. , x=3-5¢t .
Cau 36: Trong mat phang toa do Oxy, cho duong thang d :{ oy (t e R). Phuong trinh tong quat
y=1+
ctia duong thang d 1a
A. 4x-5y-7=0.. B. 4x+5y—-17=0.. C. 4x-5y—-17=0.. D. 4x+5y+17=0.

Cau 37: Trong mat ph'fmg v6i1 hé truc toa dd Oxy , cho duong théng d cét hai truc Ox va Oy lan luot tai
hai diém A4(a;0) va B(0;5) (a#0;b#0). Viét phuong trinh dudng thang d.

Ad:Z+2=0. B.d:2-2=1. Cc.d:Z+2=1. D.d:Z+L=1.
a b a b a b b a
Céu 38: Phuong trinh duong thing di qua hai diém 4(0;4),B(-6;0) la:
Ay log B. 2+ 2 1. c. X+ 2o, D. =4+2=1,
6 4 4" 6 4 6 6 4

Dang 2.2 Viét phwong trinh dwong thing di qua mét diém vuéng géc hodc véi dwong thang cho trwde
Céu 39: Phuong trinh duong thang d di qua 4(1;—2) va vudng goc véi dudng thing A:3x—2y+1=0
la:
A. 3x-2y-7=0. B. 2x+3y+4=0. C. x+3y+5=0. D. 2x+3y-3=0.
Ciu 40: Cho duong thang d :8x—6y+7 =0. Néu duong thang A di qua gbc toa d6 va vudng goc voi
dudng thang d thi A c6 phuong trinh 13

A. 4x-3y=0. B. 4x+3y=0. C.3x+4y=0. D. 3x—-4y=0.
Céu 41: Duong thang di qua diém A(l;ll) va song song véi duong thang y =3x+35 c6 phuong trinh 1a
A. y=3x+11. B. y=(-3x+14). C. y=3x+8. D. y=x+10.

Chu 42 Lap phuong trinh duong di qua A(2;5) va song song voi duong thang (d) :y=3x+4?

A. (A):y=3x-2. B. (A):y=3x-1. C. (A):y:—%x—l. D. (A):y=-3x-1.

Ciu 43: Trong hé truc Oxy, dudng thang d qua M (1;1) va song song v6i duong thing d':x+y—1=0

c6 phuong trinh 1a
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Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

A. x+y—-1=0. B. x—y=0. C. x+y-1=0. D. x+y-2=0.

Viét phuong trinh tong quét cta dudng thang di qua diém 7(—1;2) va vudng goc véi duong
thang c6 phuong trinh 2x—y+4=0.

A. x+2y=0. B. x+2y-3=0. C. x+2y+3=0. D. x-2y+5=0.
Trong mit phing véi hé toa dd Oxy, cho ba diém A(2;0), B(0;3) va C(-3;-1). Duong thang

di qua diém B va song song véi AC c6 phuong trinh tham s 1a:

x =5t x=5 x=t x=3+5¢
A. . B. . C. . D. .
y=3+t y=1+3¢ y=3-5¢ y=t
Trong mit phang véi hé toa dd Oxy, cho ba diém 4(3;2), P(4;0) va Q(0;-2). Dudng thang

di qua diém A4 va song song voi PO c¢6 phuong trinh tham s6 1a:

x=3+4¢ x=3-2¢ x=—1+2¢ x=—1+2¢
A. . B. ) C. ) D. .

Trong mit phing voi hé toa dd Oxy, cho hinh binh hanh ABCD ¢6 dinh A(-2;1) va phuong
x=1+4t

3y Viét phuong trinh tham sé cua dudng thing
y =

trinh duong thang chira canh CD 1a {
chira canh AB.

x=-2+3t x=-2-4¢ x=-2-3¢ x=-2-3¢
A. . B. . C. . D. .
y=-2-2t y=1-3¢ y=1-4¢ y=1+4¢

Viét phuong trinh tham s cua dudng thang d di qua diém M (—3;5) va song song voi duong

phan giac cua goc phan tu thir nhat.

x=-3+¢ x=-3+¢ x=3+t¢ x=5-t¢

A. . B. . C. . D. .
y=5-t y=5+t y=-5+t y=-3+t

Viét phuong trinh tham sé cua dudng thang d di qua diém M (4; —7) va song song voi truc Ox
x=1+4¢ x=4 x==T+t x=t

A. . B. . C. . D. .
y=-Tt y=—T+t y=4 y=-7

Duodng thang d di qua diém M (1;2) va song song véi dudng thang A:2x+3y—12=0 c6
phuong trinh tong quat 1a:

A. 2x+3y—-8=0. B. 2x+3y+8=0. C.4x+6y+1=0. D. 4x-3y-8=0.
Phuong trinh tong quat cua dudng thing d di qua O va song song voi duong thing
A:6x—-4x+1=0 la:

A. 3x-2y=0. B. 4x+6y=0. C.3x+12y-1=0. D. 6x—4y—-1=0.

Dudng thing d di qua diém M (-1;2) va vudng goc voi dudng thang

A:2x+y—3=0 c6 phuong trinh tong quat 1a:

Cau 53:

A. 2x+y=0. B. x-2y-3=0. C.x+y-1=0. D. x-2y+5=0.

Viét phuong trinh duong thing A di qua diém A(4;-3) va song song véi dudng thang

x=3-2¢
d: .
y=14+3¢

Page 5



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Caiu 63:

A.3x+2y+6=0. B. 2x+3y+17=0. C.3x+2y—-6=0. D.3x-2y+6=0.
Cho tam gidc ABC c6 A(2;0), B(0;3), C(-3;1). Pudng thang d di qua B va song song v&i

AC c6 phuong trinh tong quat 1a:
A. 5x—y+3=0. B. 5x+y-3=0. C. x+5y—-15=0. D. x—15y+15=0.

Viét phuong trinh tong quét clia dudng thing d di qua diém M (—1;0) va vudng goc véi duong

, x=t
thang A:{ .
y=-2t
A. 2x+y+2=0. B. 2x-y+2=0. C.x-2y+1=0. D. x+2y+1=0.
, \ , x=1-3¢
Duong thing d di quadiem M (—2;1) va vudng goc voi dudng thang A :{ 5es; c6 phuong
y=-2+

trinh tham s 1a:
x=-2-3t x=-2+5¢ x=1-3¢ x=1+5¢
A. . B. : C. . D. .
y=1+5¢t y=1+3t y=2+5t y=2+3t
Viét phuong trinh tham s6 cta duong thing d di qua diém A(—I;Z) va song song vdi duong
thang A:3x—13y+1=0.
x=—1+13¢t x=1+13¢ x=—-1-13¢ x=1+3t
A. . B. . C. . D. .
y=2+3t y=-2+3t y=2+3t y=2-13¢
Viét phuong trinh tham s6 ctia dudng thang d qua diém A(—1;2) va vudng goe voi duong thang
A:2x—y+4=0.

x=—1+2¢ x=t x=-1+2¢ x=1+2¢
A. ) B. . C. . D. )
y=2-t y=4+2t y=2+t y=2—t¢

Viét phuong trinh tong quét ctia dudng thang d di quadiém M (-2;-5) va song song véi duong

phan giac goc phan tu thir nhat.
A. x+y-3=0. B. x-y-3=0. C. x+y+3=0. D. 2x-y-1=0.

Viét phuong trinh tong quét ctia dudng thing d di qua diém M (3;—1) va vuong goc véi duong

phan giac géc phan tu thir hai.
A. x+y—-4=0. B. x-y-4=0. C.x+y+4=0. D. x—y+4=0.

Viét phuong trinh tham s6 ciia duong thdng d di qua diém M (—4;0) va vudng goc véi duong

phan giac géc phan tu thir hai.

x=t x=—4+t x=t x=t
A. . B. . C. . D. .
y=—4+t y=-t y=4+t y=4-t

Viét phuong trinh tong quat cua dudong thing d di qua diém M (—1;2) va song song voi truc

Ox .
A. y+2=0. B. x+1=0. C. x-1=0. D. y-2=0.

Viét phuong trinh tham s6 cta dudng thang d di qua diém M (6;-10) va vudng goc véi truc
Oy.

x=10+¢ x=2+t x=6 x=6
A. . B. d: . C.d: . D. d: .
y=6 y=-10 y=-10-¢ y=—10+¢
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Dang 2.3 Viét phwong trinh canh, dwong cao, trung tuyén, phén gidc ciia tam gidc
Dang 2.3.1 Phwong trinh duwdng cao cua tam giac

Cau 64:

Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

Cau 76:

Cau 77:

Trén mét phing toa & Oxy, cho tam gidc ABC c6 A(1;2),B(3;1),C(5;4). Phuong trinh nao

sau day la phuong trinh duong cao ké tir 4 cua tam gidc ABC?
A. 2x+3y—-8=0. B. 2x+3y+8=0. C.3x-2y+1=0. D. 2x+3y—-2=0.

Cho A4BC ¢4 A(2;-1),B(4;5),C(-3;2). Buong cao AH cua AABC ¢ phuong trinh 1a

A. 7Tx+3y-11=0. B. 3x+7y+13=0. C.3x+7y+17=0. D. 7x+3y+10=0.
Trén mat phing toa &6 Oxy, cho tam giac ABC co A(1;2),B(3;1),C(5;4). Phuong trinh nao
sau day la phuong trinh duong cao ké tir 4 cta tam giac ABC ?

A. 2x+3y-8=0. B. 2x+3y+8=0.

C.3x-2y+1=0. D. 2x+3y-2=0.

Trong mit phang cho tam gidc ABC can tai C ¢6 B(2;—1), 4(4;3). Phuong trinh duong cao

CH la
A. x-2y-1=0. B. x-2y+1=0. C.2x+y-2=0. D. x+2y-5=0.

Cho A4BC ¢6 A(2;-1),B(4;5),C(-3;2) . Phuong trinh tong quat cua dudng cao BH 1a

A. 3x+5y—-37=0. B. 5x-3y-5=0. C.3x-5y-13=0. D.3x+5y-20=0.
Puong trung truc cia doan thing AB véi A= (—3; 2) , B= (—3;3) c6 mot vecto phap tuyén la:
A. n =(6;5). B. n, =(0;1). C. n,=(-35). D. n, =(-10).

Cho tam giac ABC c6 A (l; 1), B(0;-2), C (4; 2). Lap phuong trinh duong trung tuyén cia tam
giac ABC ké tu A.

A. x+y—-2=0. B. 2x+y-3=0. C. x+2y-3=0. D. x—y=0.
Duong trung tryc cua doan AB véi A(1;—4) va B(5;2) c6 phuong trinh la:

A. 2x+3y-3=0. B. 3x+2y+1=0. C.3x-y+4=0. D. x+y-1=0.
Puong trung tryc cua doan AB voi A(4;-1) va B(1;—4) c6 phuong trinh la:

A. x+y=1. B. x+y=0. C.y—-x=0. D. x-y=1.
Puong trung tryc cua doan AB voi A(1;—4) va B(1;2) c6 phuong trinh la:

A. y+1=0. B. x+1=0. C. y—-1=0. D. x—4y=0.
Duong trung tryc cua doan AB véi A(1;—4) va B(3;—4) c¢6 phuong trinh 1a :

A. y+4=0. B. x+y-2=0. C. x-2=0, D. y—4=0.

Trong mit phing véi hé toa d Oxy, cho tam gidc ABC c6 A(2;-1), B(4;5) va C(-3;2). Lap
phuong trinh duong cao cia tam giac ABC ké tr A.
A. 7x+3y—-11=0. B. 3x+7y+13=0.

C.3x+7y+1=0. D. 7x+3y+13=0.

Trong mit phing véi hé toa dd Oxy, cho tam gide ABC c6 A(2;-1), B(4;5) va C(-3;2). Lap
phuong trinh dudng cao ctuia tam giac 4ABC ké tur B.

A.3x-5y-13=0. B. 3x+5y—-20=0.

C.3x+5y-37=0. D. 5x-3y-5=0.

Trong mit phing véi hé toa 4 Oxy, cho tam gide ABC ¢6 A(2;-1), B(4;5) va C(=3;2). Lap
phuong trinh dudng cao ctua tam giac 4ABC ké tu C.
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A. x+y—-1=0. B. x+3y-3=0. C.3x+y+11=0. D. 3x—-y+11=0.

Dang 2.3.2 Phuong trinh dwong trung tuyén ciia tam gigc

Cau 78:

Cau 79:

Cau 80:

Cau 81:

Cho tam gidc 4BC véi A(L;1), B(0;—2), C(4;2). Phuong trinh tong quat ciia duong trung
tuyén di qua diém B cta tam giac ABC la

A. Tx+7y+14=0. B. 5x-3y+1=0. C.3x+y-2=0. D. -7x+5y+10=0.
Trong h¢ toa d6 Oxy, cho tam gidc ABC c6 A(2;3), B(1;0), C(~1;-2). Phuong trinh duong
trung tuyén ké tir dinh A4 ctia tam giac ABC la:

A. 2x-y-1=0. B. x-2y+4=0. C.x+2y-8=0. D. 2x+y-7=0.
Trong mit phing véi hé toa dd Oxy, cho tam gidc ABC c6 A(1;4), B(3;2) va C(7;3). Viét

phuong trinh tham s cua duong trung tuyén CM cia tam giac.

A x=7 B x=3-5¢ C x=T7+t D x=2
Cly=3+5¢ Cly=-7 Tly=3 Cly=3-¢

Trong mit phing v6i hé toa dd Oxy, cho tam gidc ABC co A(2;4), B(5;0) va C(2;1). Trung

tuyén BM cua tam giac di qua diém N c6 hoanh d6 bang 20 thi tung do bang:

A. —12. B. _E_ C. -13. D. —Z.

2 2

Dang 2.3.3 Phuwong trinh canh ciia tam giac

Cau 82:

Cau 83:

Trong mat ph'fmg v61 hé toa dd Oxy, cho tam giac ABC c6 M (2; 0) 1a trung diém cua canh 4B
. Puong trung tuyén va duong cao qua dinh A lan luot co6 phuong trinh 1 7x—2y—-3=0 va
6x—y—4=0. Phuong trinh duong thang AC 1a

A.3x-4y-5=0. B. 3x+4y+5=0. C.3x-4y+5=0. D. 3x+4y-5=0.
Trong mat phéng vol hé toa d0 Oxy, cho tam giac ABC c6 phuong trinh canh AB la
x—y—2=0, phuong trinh canh AC 1a x+2y—5=0. Biét trong tdm cua tam giac 1a diém
G(3;2) va phuong trinh duong thing BC ¢6 dang x+my+n=0. Tim m+n.

A. 3. B. 2. C.5. D. 4.

Dang 2.3.4 Phuwong trinh dwong phén gidc ciia tam giac

Cau 84:

Cau 85:

Cau 86:

Trong mit phang v6i hé toa dd Oxy, cho dudng thang A:ax+by+c =0 vahaidiém M (x,;,)
, N (xn ; yn) khong thudc A . Chon khing dinh ding trong cac khing dinh sau:

A. M, N khéc phia so v6i A khi (ax,, +by, +c).(ax, +by, +¢)>0.

B. M, N cung phia so v6i A khi (ax, +by, +c).(ax, +by, +¢)>0.

C. M, N khac phia so voi A khi (ax,, +by, +c).(ax, +by, +¢)<0.

D. M, N cung phiaso véi A khi (ax,, +by, +c).(ax, +by, +¢)>0.

Trong mit phing véi hé toa dd Oxy, cho dudng thdng d:3x+4y—5=0 va hai diém 4(1;3),

B(2;m). Tim tat ca c4c gié tri clia tham s6 m dé 4 va B ndm cung phia d6i v6i d .

A. m<O0. B.m>—l. C. m>-1. D.m=—.
4 4

Trong mit phang v&i hé toa dd Oxy, cho dudong thing d :{ - va hai diém 4(1;2),

y=1-3t

B(—2;m). Tim tat c4 c4c gid tri cua tham so m d¢ 4 va B ndm cung phia d6i voi d .
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Cau 87:

Cau 88:

Cau 89:

Cau 90:

Cau 91:

Cau 92:

Cau 93:

A. m>13. B. m>13. C.m < 13. D.m = 13.

Cap duong thang nao dudi day la phan gidc cua cic goc hgp boi hai duong thiang
Aix+2y-3=0vaA,:2x-y+3=0.

A.3x+y=0va x-3y=0. B.3x+y=0va x+3y-6=0.
C.3x+y=0va —x+3y-6=0. D.3x+y+6=0va x-3y—-6=0.

Ciap duong thang nao dudi ddy la phan giac ctia cac goc hop boi dudng thing A:x+y =0 va
truc hoanh.

A (1442)x+y =05 x—(1-2) y =0. B. (1+2)x+y=0; x+(1-2)y=0.
C. (14+2)x-y=0; x+(1-42)y=0. D. x+(1442)y =05 x+(1-42)y

0.

, . ) 7
Trong mat phang v4i hé toa dd Oxy, cho tam gidc ABC c¢b A(Z;3j, B(1;2) va C(-4;3).

Phuong trinh duong phan giac trong cia goc A4 la:

A. 4x+2y-13=0. B. 4x-8y+17=0. C. 4x-2y-1=0. D. 4x+8y-31=0.
Trong mit phang voi hé toa do Oxy, cho tam giac ABC c6 A(L1;5), B(—4;,-5) va C(4-1).
Phuong trinh duong phan gidc ngoai ciia goc A4 la:

A. y+5=0. B. y—5=0. C. x+1=0. D. x—1=0.

Trong mit phiang véi hé toa do Oxy, cho hai duong thang d :3x-4y-3=0 va
d, :12x+5y—12=0. Phuong trinh dwong phan giac goc nhon tao béi hai duong thang d, va d,
la:

A. 3x+11y-3=0. B. 11x-3y-11=0. C.3x-11y-3=0. D.1llx+3y-11=0.
Cho tam gidc ABC c6 phuong trinh canh 4B:3x—-4y-9=0, canh AC:8x—6y+1=0, canh
BC:x+ y—5=0. Phuong trinh dudng phan gidc trong ctia goc A la:

A. 14x+14y-17=0. B.2x-2y—19=0. C.2x+2y+19=0. D.14x-14y—17=0.
Trong mat phéng toadd Oxy, cho tam giac ABC véi A(l;—2), B(2;—3), C(3;0) . Phuong trinh
duong phan giac ngoai goc A cua tam giac ABC 1a

A. x=1. B. y=-2. C.2x+y=0. D. 4x+y-2=0.
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CHUONG |

PHUONG PHAP TOA PO
TRONG MAT PHANG

IX

BAI 2. PHUONG TRINH PUONG THANG

@ HE THONG BAI TAP TRAC NGHIEM.

DANG 3. VI TRi TUONG POI CUA HAI BPUONG THANG

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

C6 bao nhiéu cap duong thing song song trong cac dudng thing sau?

1 1 1 V2
d)y=——Fx-2; (d,):y=—=x+3; (d;):y=—x+3; (d,): y=—>""x-2
(d\):y NG (d,):y > (ds):y > (dy):y 5
A. 3. B. 2. C. 1. D. 0.
Phuong trinh nio sau day 1a phuong trinh dudng thiang khéng song song véi duong thing
d:y=3x-2

A. 3x+y=0. B.3x-y-6=0. C.3x-y+6=0. D. 3x+y-6=0.
Trong mat phing Oxy, duong thing d :x—2y—1=0 song song v&i duong thing c6 phuong
trinh nao sau day?

A. x+2y+1=0. B. 2x—y=0. C. —x+2y+1=0. D. 2x+4y—-1=0.

Cho cac duong thang sau.

B

diy=—mx=2 dyiy=—prsl dg:y:_(l_?}“z diiy=-gx-l

NE N

Khing dinh nao dung trong cac khang dinh sau?
A. d,,d,,d, song song voi nhau. B. d, va d,song song v4i nhau.

C. d,va d,vuong goc voi nhau. D. d, va d, song song v6i nhau.

Tim céc gia tri thuc ctia tham sé m dé duong thang y = (m2 —3)x +3m+1 song song v4i duong

thang y=x—5.

A m=12. B. m=+2. C.m=-2. D.m=2.

Toa d6 giao diém cua hai duong thing x—3y—-6=0 va 3x+4y—-1=0 la

A (21T B. (-27;17). c.[-2L.17) D. (27;-17).
137 13 13713
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Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cho dudng thiang d, :2x+3y+15=0 va d, : x—2y -3 =0. Khang dinh nao sau day dang?
A.d vad, cit nhau va khong vudng goc véi nhau.
B. d, va d, song song v6i nhau.
C. d, va d, tring nhau.
D. d, va d, vudng goc véi nhau.
Hai dudng thang d, :mx+y=m—5,d, :x+my =9 cit nhau khi va chi khi
A.m#=-1. B. m=#1. C. m#=l1. D.m=#2.
V6i gia tri ndo cia m thi hai duong thing
d :3x+4y+10=0 va d, :(2m—1)x+m2y+10=0 trung nhau?
A.m+t2. B. m=+l1. C.m=2. D. m=-2.
Trong mat phéng voi hé toa d0 Oxy, cho hai duong théng c6 phuong trinh
d:mx+(m—1)y+2m=0 va d,:2x+y—1=0.Néu d, song song d, thi:

A. m=2. B. m=-1. C. m=-2. D. m=1.
X A1 o: oo 2 \ x=2-3t
Tim m d¢€ hai duong thang d, :2x-3y+4=0va d,: cdt nhau.
y=1-4mt

1 1 1
A, m#——. B. m=#2. C.m#—. D. m=—.

2 2 2
Vi gi tri nao cia a thi hai duong thang

d2x—dyri—ovad, ) ong goc voi nhau?
2x—4y+1=0vad,: vudng goc voi nhau?
1 4 ? y:3—(a+1)t g8
A. a=-2. B. a=2. C.a=-1. D.a=1.
Vi gi tri nao ctia m thi hai duong thang
x=-24+2t x=2+mt
L vad,: trung nhau?
y=-3t y:—6+(1—2m)l
1
A.m:E. B. m=-2. C.m=2. D. m#+2.
Tim tat ca cac gia tri cia m dé hai dudng thing
x=2+2t .
d : va d,:4x-3y+m=0 trung nhau.
y=1+mt
4

A.m=-3. B. m=1. C.m= D.med.

IR
Vi gi tri nao ctia m thi hai duong thang

d :2x+y+4-m=0 va d,:(m+3)x+y+2m—1=0 song song?
A. m=1. B. m=-1. C. m=2. D. m=3.
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Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Tim tat ca cic gia tri cia m dé hai duong thang
A :2x=3my+10=0 va A, :mx+4y+1=0 cat nhau.
A. 1<m<10. B. m=1. C. Khong c6 m . D. V6i moi m .
V6i gia tri ndo cia m thi hai duong thing
A imx+y—19=0va A, :(m—1)x+(m+1)y—20=0 vudng goc?
A. Vi moi m . B.m=2. C. Khong c6 m . D. m=+1.
Vi gi tri nao ctia m thi hai duong thang
d :3mx+2y+6=0 va d, :(m2 +2)x+2my+6=0 cit nhau?

A. m=-1. B. m=1. C.meR. D.m#1 va m#

Vi gi tri nao ctia m thi hai duong thang

. x=2-3t R )
d :2x-3y-10=0va d,: vuong goc?
y=1-4mt
A.m:l. B.ng. C.m=—2. D.m:—i.
2 8 8 4
V6i gia tri ndo cia m thi hai duong thing
. x=1+2t
d :4x-3y+3m=0 vad,: trung nhau?
y=4+mt
A.m:—§. B.m:§. C.mz—i. D.mzi.
3 3 3 3

Vi gi tri nao ctia m thi hai duong thang

d 3mx+2y—-6=0 va d, :(m2 +2)x+2my—3=0 song song?
A.m=1,m=-1. B.med. C.m=2. D. m=-1.
Vi gi tri nao ctia m thi hai duong thang

dl:{x=8—(m+1)t

0 va d, :mx+2y—-14=0 song song?
y=10+¢

m=1

A.|: . B. m=1. C.m=-2. D.med.
m=-2

Vi gi tri nao ctia m thi hai duong thang

dy:(m=3)x+2y+m*—1=0 va d,:=x+my+m’ -2m+1=0 cit nhau?

m#1 m#1
A. m=1. B. . C.m=#2. D. .
m#2 m#2

V6i gia tri ndo cia m thi hai duong thing

x=m+2t x=1+mt
A va A, : trung nhau?

y:l+(m2+l)t y=m+t
A 4
A.Khong co m . B.m:? C.m=1. D. m=-3.

Tim toa d6 giao diém cua hai duong thang 7x -3y +16=0 va x+10=0.

-1.
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Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

A. (-10;-18). B. (10;18). C. (-10;18). D. (10;-18).

Tim toa do giao diém cta hai dudng thing

x=-3+4t x=1+4¢
d : vad,:
y=2+5t y=7-5t"
A. (1;7). B. (-3;2). C. (2;- D. (51).
) B x=22+42t ) 2 )
Cho hai duong thang d,:2x+3y—-19=0 va d,: . Tim toa d¢ giao diém cua hai
y=55+5¢
duong thang da cho.
A. (2;5). B. (10;25). C. (—1;7). D. (5;2).
Trong mit phang véi hé toa d6 Oxy, cho hai diém A(-2;0), B(1;4) va duong thang

d :{x B ;t . Tim toa do giao diém cta duong thing 4B va d .
y=2-
A. (2;0). B. (-2;0). C. (0;2). D. (0;-2).

, , x==1+¢t , . .
Xac dinh @ dé hai duongthang d, :ax+3y—-4=0 va d, :{ 343 cat nhau tai mot diém nam
y=3+
trén truc hoanh.

A. a=1. B. a=-1. C.a=2. D. a=-2.
Ky a e, £ X1 s 4 2 2 \ x=2+t
Tim tat ca cac gia tri cia tham s6 m d¢ hai duong thang d, : 4x+3my—m” =0 va d, : 6+1

y=6+

cit nhau tai mot diém thudc truc tung.

A. m=0 hoac m=-6. B. m=0 hoac m=2.

C. m=0 hoac m=-2. D. m=0 hoac m=6.

Cho ba duong thiang d :3x-2y+5=0, d,:2x+4y-7=0, d,:3x+4y—-1=0. Phuong trinh
dudng thang d di qua giao diém ciia d, va d,,vasong song voi d, la:

A. 24x+32y—-53=0. B. 24x+32y+53=0. C. 24x-32y+53=0. D. 24x-32y-53=0.

Lap phuong trinh ciia duong thing A di qua giao diém ciia hai duong thang d, :x+3y—1=0,
d, :x—3y—5=0 vavuong goc véi duong thang d, : 2x—y+7=0.

A.3x+6y-5=0. B. 6x+12y-5=0. C. 6x+12y+10=0. D.x+2y+10=0.
Trong mit phing voi hé toa dd Oxy , cho ba duong thang lan luot c6 phuong trinh d :3x-4y+15=0
, d,:5x+2y-1=0 va d, :mx—(2m—1)y+9m—13=0. Tim tat ca céc gi tri clia tham s m
dé ba duong thiang di cho cung di qua mot diém.

A.ng. B. m=-5. C.mz—l. D. m=5.
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Cau 34: Néuba duong thang: d,: 2x+y-4=0,d,:5x-2y+3=0va d, :mx+3y-2=0

ddng quy thi m nhan gia tri nao sau day?

A. 2 B. —2. C.12. D. —12.
5 5

Cau35: V6i gid tri ndo cia m thi ba duong thing d :3x—4y+15=0, d,:5x+2y—-1=0 va
d,:mx—4y+15=0 dong quy?
A m=-5. B. m=5. C. m=3. D. m=-3.

Cau 36: V&igiatriniocia m thibaduongthing d, :2x+y—1=0, d, :x+2y+1=0 va d,:mx—y—-7=0
ddng quy?
A. m=-6. B. m=6. C. m=-5. D. m=5.

Céiu 37: Duong thang d:51x—30y+11=0 di qua diém nao sau day?

A. M(—l;—ij. B. N(—l;i). C. P(l;ij. D. Q(—l;—ij.
3 3 4 4

DANG 4. GOC CUA HAI PUONG THANG
Dang 4.1 Tinh géc ciia hai dwong thing cho truéc

Cau38: Tinh goc giita hai duong thing A:x—+/3y+2=0 va A:x+/3y—1=0.
A. 90", B. 120°. C. 60°. D. 30°.

Chu 39: Goéc giita hai duong thing a:\3x—y+7=0 va b:x—+3y—-1=01la:
A. 30°. B. 90°. C. 60°. D. 45°.

d:2x+5y=2=0 - d,:3x=Ty+3=0

Céu 40: Cho hai dudng thing . Goc tao boi duong thang d va

4, bang
A. 30°. B. 135°. C. 45°. D. 60°.
A . “~ . . 2 . x=2+t
Cau 41: Tim co6sin goc gitra hai duong thang A :2x+y—-1=0 va A, :{ s
y=1=
a0 B2 2 p. 210,
10 10 5 10
. . : x=2-t
Ciu 42: Tim goc gilra hai duong thang A, :x-2y+15=0 va A, :{ ey ( teR )
y=a+
A. 5. B. 60" . C.0. D. 90°.
Céu 43: Tim cosin goc giita 2 dudng thing d:x+2y-7=0,d,:2x-4y+9=0.
A= B. . c.i. D. 2.
NG NG 5 5
Cau 44: Tinh goc giita hai duong thing A:x—\/§y+2:0vdA':x+\/§y—1:O ?
A. 90°. B. 120°. C. 60°. D. 30°.
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Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Tinh goc tao boi giita hai duong thang: d :2x-—y-10=0vad,:x-3y+9=0.
A. 30°. B. 45°. C. 60°. D. 135°.
Tinh gbc tao boi giita hai duong thang
d:7x-3y+6=0vad,:2x-5y—-4=0.
AZ B.Z. c. = p. %
4 3 3 4
Tinh goc tao boi giita hai dudng thing d :2x+ 2\/§y +5=0vad,:y-6=0.
A. 30°. B. 45°. C. 60°. D. 90°.
Tinh goc tao boi giita hai dudng thing d x+ \/gy =0vad,:x+10=0.
A. 30°. B. 45°. C. 60°. D. 90°.
Tinh goc tao boi giira hai dudng thang
d 6x—5y+15=0 va d, :{x:w_&.
y=1+5¢

A. 30° B. 45°. C. 60°. D. 90°.

Cho duodng thing d :x+2y-T7=0va d,:2x—-4y+9=0. Tinh cosin cua goc tao boi giira hai

duong thang da cho.
A -2 B. . c.2. D. >
5 J5 5 J5

Cho duong thang d :x+2y—-2=0vad,:x—y=0.Tinh cosin ctiia goc tao bdi gitra hai duong

thang di cho.
JURLLY B.Q. C.ﬁ. D. 3.
10 3 3
\ 2 R x=2+t _, ., , e e )
Cho duong thang d,:10x+5y—-1=0 va d, :{ e Tinh cosin cua goc tao bdi gitra hai
y=1=
duong thang da cho.
A 2O B.>. c. Mo D. >
10 5 10 10
\ 2 . x=15+12¢
Cho duong thang d, :3x+4y+1=0va d,: .
y=1+5¢

Tinh cosin ctia goc tao boi giira hai dudng thang da cho.

56 B 33 6 33
T 65 © 65 T 65 T 65

Dang 4.2 Viét phwong trinh dwong thing lién quan dén géc

Cau 54:

x=9+at

.y (reR) va dudng thang
y=1=

Xéc dinh tit ca cac gia tri cua a dé goc tao bai dudng thang {

3x+4y—-2=0 bang 45°.
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Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

A a=1.a=-14. B. a=%, a=—14. C.a=-2,a=-14. D. a=%, a=14.

Puong thang A di qua giao diém cla hai duong thang d, :2x+y—-3=0 va d,:x—2y+1=0
ddng thoi tao v6i dudng thing d,:y—1=0 mot goc 45° ¢6 phuong trinh:

A. x+(1—\/§)y:0 hodac A:x—-y-1=0. B. A:x+2y=0 hodc A:x-4y=0.
C.A:x—y=0 hoac A:x+y—-2=0. D. A:2x+1=0 hodc y+5=0..

Trong mit phang voi hé toa dd Oxy, c6 bao nhiéu duong thing di qua diém A4(2;0) va tao véi
truc hoanh mot goc 45°°?

A. C6 duy nhét. B. 2. C. Vo sb. D. Khong ton tai.
Puong thing A tao v6i dudng thang d 1 x+2y —6=0 mot goc 45°. Tim hé sb goc k cia duong
thang A.

A.kzéhoac k=-3. B.kzéhoéc k=3.

C.kz—éhoac k =-3. D.kz—%hoéc k=3.

Biét rang co dung hai gia tri cia tham s k dé dudng thing d:y =kx tao véi dudng thing
A:y=x mot goc 60°. Tong hai gia tri ciia k bang:

A. -8. B. 4. C. -1. D. -1.

Trong mit phang toa d6 Oxy, cho diém M (1;—1) va hai duong thiang c6 phwong trinh
(d,):x=y-1=0,(d,):2x+y-5=0. Goi 4 la giao diém cuia hai dudng thing trén. Biét rang
¢6 hai duong thang (d ) di qua M cit hai duong thang trén 1an luot tai hai diém B,C sao cho
ABC 1a tam gidc c6 BC=3A4B c¢6 dang: ax+y+b=0 va cx+y+d=0, giad tri cua

T=a+b+c+dla
A. T=5. B.T=6. C.T=2. D. T=0.

Trong mat phéng voi hé toa dg Oxy, cho tam gidc cdn ABC c¢6 canh day BC : x-3y-1=0, canh
bén AB:x-y-5=0. Dudng thing AC di qua M(-4;1). Gi sit toa do dinh C/(m,n).Tinh

T=m+n.
A.Tzé. B. T =-3. C.T=2. D.T:—g.
9 5 5

Trong mat phéng Oxy, cho hai duong théng (dl) 2x—y+5=0va (dz) x+y—3=0 cit nhau
tai 7. Phuong trinh duong thang di qua M (—2;0) cét (d,),(d,) tai 4 va B sao cho tam gidc
IAB cantai A4 c6 phuong trinh dang ax+by+2=0.Tinh T=a—5b.

A.T=-1. B.T=9. C.T=-9. D. T=11.

DANG 5. KHOANG CACH

Dang 5.1 Tinh khodng cdch tiv 1 diém dén dwong thing cho trudc

Cau 62:

Khoang cach tir diém A(1;1) dén duong thang 5x—12y-6=0 1a
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Caiu 63:

Cau 64:

Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

A. 13. B. -13. C. -1. D. 1.

Khoang cach tir diém M (5 ;— 1) dén duong thang 3x+2y+13=0 la:

A. 2413, B. 2. C. 26. p, Y13
V13 2

Khoang cach tir diém A (1;—1) dén duong thing A:3x+y+4=0 la

Al B.@. C.%. D. 24/10.

Trong mit phang Oxy, khoang cach tir diém M (3;—4) dén dudng thang A:3x—4y—1=0.

A S B. 2% c.2 p. -2
5 5 5 5

Khoang cach tir diém A(-3;2) dén duong thang A:3x— y+1=0 bang:

A. 10, p, 15 c. 105 p, 1L
5 5 J10

Trong mit phang Oxy, khoang cach tir gbc toa @6 O dén dudng thang d :4x—3y+1=0 bang

A. 3. B. 4. C. 1. D.l.

5
Mot duong tron c6 tm 1(3;—2) tiép xtc v6i dudng thing A:x—5y+1=0. Hoi ban kinh duong

tron bang bao nhiéu?

14 7
A, —. B. —. C. v26. D. 6.
V26 13

Trong mit phingOxy, khoang cach  tudiém A (0;4) dén  duong  thing
A:xcosa+ysina+4(2—sina)=0 bang

A. 8. B. 4sina. c.__* D. 8.
cosoL+ Sinol

Khoang céch tir 7(1;—2) dén duong thing A:3x—4y —26=0 bang
5
=%
Khoang cach tir giao diém ciia hai duong thang x -3y +4 =0 va 2x+3y—1=0 dén duong thing

A. 3. B. 12. C.5. D

A:3x+y+4=0 bang:

A. 2410 310 V10

B. —. C.—. D. 2.
5 5
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Cau 72:

Cau 73:

Cau 74:

Cau 75:

Cau 76:

Cau 77:

Cau 78:

Cau79:

Cau 80:

Cau 81:

Trong mit phang voi hé toa dd Oxy, cho tam gidc ABC ¢6 A(1;2), B(0;3) va C(4;0). Chiéu

cao cuia tam giac ké tir dinh 4 bang:

AL B.3. .. D.2.
5 25 5

Trong mit phang véi hé toa o Oxy, cho tam gidc ABC c¢6 A(3;-4), B(L;5) va C(3;1). Tinh
dién tich tam gidc ABC.

A. 10. B. 5. C. \26. D. 24/5.

Khoang cach tir diém M (0;3) dén duong thang A:xcosa + ysina +3 (2 —sin a) =0 bang;

A. 6. B. 6. C. 3sina. p.—>
cosa +sina

, , < 3:% £ \ 2 x=1+3¢t .

Khoang cach tir diém M (2;0) dén duong thang A: bang:
y=2+4t
A2 B2 c. 10 p. ¥
5 J5 2

, , 1A e 4R £ ny 4R I n \ 2 x=2+3t

Khoang cach nho nhat tir diém M (15;1) dén mot diém bat ki thugc duong thang A )
y =
bang:
1 16

A. 10. B. ——. C. —. D. /5.

N V5

Tim tit ca céc gia tri clia tham s& m dé khoang cach tir diém A(-1;2) dén duong thing

A:mx+y—m+4=0 bang 25

m=-2 1
C.m =—5. D. Khong ton tai m .

A. m=2. B. 1

m=—
2
Tim tit ca cac gia tri cia tham s6 m dé khoang cach tir giao diém cua hai duong thing

x=t : : )
dl:{ vad,:x—2y+m=0 dén goc toa do bang 2.

y=2—t

m=—-4 m=-4 m=4 m=4
A. . B. . C. . D. .

m=2 m:—2 m:2 m:—2

Dudng tron (C) c6 tim 1a gbe toa do O(0;0) va tiép xtc véi duong thing A:8x+6y+100=0
.Ban kinh R cua dudng tron (C) bang:
A. R=4. B. R=6. C. R=8. D. R=10.
Dudng tron (C) c6 tm 7(-2;-2) va tiép xtic v6i duong thang A:5x+12y-10=0. Ban kinh
R cua dudng tron (C) bang:

44

=3 _24 C.R=44. D.Rzl.

A. R =—.
13 13

B. R

Cho duong thing d :21x—11y—-10=0. Trong cc diém M (21;-3), N(0;4), P(-19;5) va
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Cau 82:

Cau 83:

Cau 84:

Cau 85:

O(1;5) diém nao gan duong thing d nhét?

A M. B. N. C.P. D. 0.

Cho dudng thing d:7x+10y—15=0. Trong céc diém M (1;-3), N(0;4), P(-19;5) va
O(1;5) diém nao cach xa dudng thing d nhat?

A M. B. N. C.P. D. 0.

Khoang cach giira hai dudng thing song song
A :6x—8y+3=0va A,:3x—4y—6=0 bang:

A.l. B.i. C.2. D.é.

2 2 2

, , , . C e 2 . x=-2+t
Tinh khoang cach gitra hai duong thang d : 7x+y—-3=0 va A :{ N
y=<-
NEC .15, c.o. p. .
2 J50
Khoang cach giira hai dudng thing song song
d :6x-8y—101=0 va d, :3x—4y=0 bang:

A. 10,1. B. 1,01. C. 101. D. V101 .

Dang 5.2 Phwong trinh dwong thing lién quan dén khodng cdch

Cau 86:

Cau 87:

Cau 88:

Cau 89:

Cau 90:

Cau 91:

Cho hai diém A(3;1),B(4;0). Duong thang nao sau day cach déu 4 va B?

A. 2x+2y-3=0. B. 2x-2y-3=0. C.x+2y-3=0. D. 2x+2y-3=0.
Trong mit phang véi hé toa do Oxy, cho hai diém 4(2;3) va B(1;4). Dudng thing ndo sau day
cach déu hai diém 4 va B?

A, x—-y+2=0. B. x+2y=0. C.2x-2y+10=0. D.x-y+100=0.
Trong mit phing voi hé toa o Oxy, cho badiem A(0;1), B(12;5) va C(-3;0). Dudng thing
nao sau ddy cach déu ba diém 4, B va C.

A. x-3y+4=0. B. —x+y+10=0. C. x+y=0. D. 5x-y+1=0.
Trong mit phing v6i hé toa d6 Oxy, cho hai diém A(L;1), B(-2;4) va duong thang

A:mx—y+3=0.Tim tit ca cac gia tri ciia tham s6 m dé A cach déu hai diém 4, B.

m=1 m=-1 m=-—1 m=2
A. . B. . C. . D. .
m=-2 m=2 m=1 m=-2

Puong thang A song song v6i duong thang d :3x—4y+1=0 va cach d mot khoang bang 1 ¢6

phuong trinh:
A. 3x-4y+6=0 hodac 3x-4y-4=0. B. 3x—4y—-6=0 hodc 3x-4y+4=0.
C.3x-4y+6=0 hodc 3x—4y+4=0. D. 3x-4y—-6=0 hoac 3x-4y—-4=0.

Tap hop cac diém cach duong thang A:3x—4y+2=0 mot khoang bang 2 13 hai dudng thing
c6 phuong trinh nao sau day?
A. 3x-4y+8=0 hoac 3x-4y+12=0. B. 3x—4y—-8=0 hodc 3x-4y+12=0.
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Cau 92:

Cau 93:

Cau 94:

Cau 95:

Cau 96:

Cau 97:

DANG 6.
Chu 98:

C.3x—4y—-8=0 hodac 3x—-4y-12=0. D. 3x—4y+8=0 hoac 3x—-4y—-12=0.

Trong mit phing v&i hé toa dd Oxy, cho hai dudong thing d :5x+3y-3=0 va
d, :5x+3y+7 =0 song song nhau. Duong thang vira song song va cach déu véi d,d, la:
A. 5x+3y-2=0. B. 5x+3y+4=0. C.5x+3y+2=0. D. 5x+3y-4=0.

Trén hé truc toa dd Oxy, cho hinh vuéng ABCD . DPiém M thudc canh CD sao cho M—C —2DM
, N (0;2019) 1a trung diém cua canh BC, K 1a giao diém cua hai duong thang AM va BD.
Biét duong thing AM c6 phuong trinh x —10y+2018 = 0. Khoang cach tir gbc toa 40 O dén
dudng thang NK bang

B. 2019v101. C. % D. M

11 101

A. 2019.

Trong mit phang toa &0 Oxy, goi d 1a duong thang di qua M (4;2) vacach diém A(1;0) khoang

310

cach o Biét rang phuong trinh dudng thing d c6 dangx+by+c=0 véi b,c 13 hai sb

nguyén. Tinh b+c.
A. 4. B. 5. C. -1 D. -5.

Trong mt phing v6i hé toa dd Oxy, cho dudng thang A:x+(m—1)y+m=0 (m 1a tham so
bat ki) va diém A(5;1). Khoang c4ch 16n nhat tir diém 4 dén A béng

A. 2410 B. \/10. C. 410. D. 3410.

Puong thang 12x+5y =60 tao véi hai truc toa d6 mot tam giac. Tong d6 dai cac duong cao cua
tam giac do la
60 B 281 360

. C— C.—. D. 20.
13 13 17

Trén mat phang toa 46 Oxy, cho cac diém A(1;-1) va B(3;4). Goi (d) 1a mot duong thang bt
ki Iuén di qua B. Khi khoang cach tir A dén duong thing (d) dat gia tri 16n nhat, dudong
thang (d) c6 phuong trinh ndo dudi day?

A. x—y+1=0. B. 3x+4y=25. C.5x-2y-7=0. D. 2x+5y-26=0.

XAC PINH PIEM

Cho dudng thing d :3x+5y—15=0. Trong cic diém sau day, diém nao khéng thudc dudng
thang d
A. M, (5:0). B. M, (-5;6). C. M,(0;3). D. M,(5;3).

Dang 6.1 Xdc dinh toa hinh chiéu, diém doi xirng

Cau 99:

Cau 100:

Trong mat phéng véi hé truc toa do Oxy, cho tam giac ABC cé A(4;3), B(2;7) , C(—3;—8) )
Toa do chan duong cao ké tir dinh 4 xuéng canh BC la:

A. (-1;4). B. (1;—4). C. (1;4). D. (4;1).

Cho dudng thang d :—3x+y—5=0 va diém M (—2;1). Toa do hinh chiéu vuong goc ctia M

trén d la
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Cau 101:

Cau 102:

Cau 103:

A. (Z,—ij B. (—Z,ij C. (—Z;—ij. D. (—i,ij
55 55 55 75

Toa d6 hinh chiéu vuong goc ctia diém M (1; 2) lén duong thang A:x—y=01a
A 22, B. (11). C. (2:2). p.[-2,-2).
2°2 272

Trong mat phéng toa do Oxy, cho tam giac ABC véi dinh A(2;4) , trong tam G[Z;%] . Biét

ring dinh B nam trén duong thing (d) c6 phuong trinh x+y+2=0 vadinh C c6 hinh chiéu
vudng goc trén (d) 1a diém H(2;—4). Gia st B(a;b), khi dé T =a—3b bing

A.T=4. B.T=-2. C.T=2. D. T=0.

Trong mit phang toa dd Oxy, cho hinh chit nhat 4BCD c¢6 diém C thudc duong thing d:
2x+y+5=0 va diém A(-4;8). Goi M ddi xting v6i B quaC, diém N(5;—4) 1a hinh chiéu
vudng goc cia B 1én dudng thing MD . Biét toa d6 C(m;n), gia tri cia m—n 1a

A. 6. B. —6. C. 8. D. 7

Dang 6.2 Xdc dinh diém lién quan dén yéu t6 khodng cdch, géc

Cau 104:

Cau 105:

Cau 106:

Cau 107:

Cau 108:

Cho hai diémA(3;—l),B (0;3). Tim toa do diém M thudc Ox sao khoang cach tir M dén duong
thang 4B bang 1.

A. M(%;Oj va M (1;0). B. M (V13;0).

C. M (4;0). D. M (2;0).

Trong mit phang v6i hé toa d6 Oxy, cho hai diém A(L1), B(4;-3) va duong thang

d:x—-2y—-1=0.Tim diém M thudc d cb toa do nguyén va thoa man khoang cach tir M dén
duong thing 4B bing 6.

27
A. M(3;7). B. M (7;3). C. M (-43;-27). D. M(?);_ﬁj'
< 2 f 1A R .2 v as 2 x=242t .2
Trong mit phang voi hé toa do Oxy , cho diem A4(0;1) va duong thang d : 3ag Tim diém
y=3+

M thudc d va cach 4 mot khoang bang 5, biét M c6 hoanh do am.

M (—4;4)
A. M (4:4). B. 24 2). C.M —ﬁ;—g . D. M(-4;4).

M[——;——) 55

55
Biét rang c6 dung hai diém thudc truc hoanh va cach duong thing A:2x— y+5=0 mot khoang
bing 2+/5 . Tich hoanh d ctia hai diém d6 bing:
A -2 B. -2 c. -2, D. Pap sb khac.
4 4 4

Trong mit phang véi hé toa dd Oxy, cho hai diém A(3;-1) va B(0;3). Tim diém M thudc truc
hoanh sao cho khoang cach tir M dén dudng thing AB bang 1.
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N I o A G55 B R e
M (1;0) MG;oj M(-1,0) M(—g;oj

Céu 109: Trong mit phang v6i hé toa do Oxy, cho hai diém A(3;0) va B(0;—4). Tim diém M thudc
truc tung sao cho dién tich tam giac MAB bang 6.

N {M(O;O)

¥ (0-8) B. M (0;-8). C. M(6;0).
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CHUONG |

PHUONG PHAP TOA PO
I x TRONG MAT PHANG

BAI 2. PHUONG TRINH PUONG THANG

@ HE THONG BAI TAP TRAC NGHIEM.

DANG 1. XAC PINH VECTO CHI PHUONG, VEC TO PHAP TUYEN CUA PUONG THANG,
HE SO GOC CUA PUONG THANG

Cau 1:

Cau 2:

Trong mit phang Oxy, duong thang (d): ax+by+c=0, (a2 +b° # O). Vecto nao sau diy la
mot vecto phép tuyén cia duong thing (d)?
A. ﬁz(a;—b). B. ﬁ:(b;a). C. ﬁ:(b;—a). D. 71=(a;b).
Loi gidi
Chon D

Ta c6 mot vecto phap tuyén clia dudng thang (d)1a n=(a;b).
Do d6 chon dap 4n D. n = (—a;b).
Cho dudng thing d c6 mdt vecto phép tuyén 1a n=(a;b), a,b € R. Xét cac khang dinh sau:
1. Néu b =0 thi duong thang d khong c6 hé s goc.

2.Néu b#0 thi hé s6 goc ciia dudong thang d 1a %.

3. Dudng thang d c6 mdt vecto chi phuong 1a u = (b;—a).

4. Vecto kn, keR 1a vecto phap tuyén cia d .

C6 bao nhiéu khang dinh sai?

A. 3. B. 2. C. 1. D. 4.
Loi giai

Chon B

d c6 mjt vecto phép tuyén 1a n=(a;b) = phuong trinh d:ax+by+c=0.

Néu b =0 thi duong thing d : ax + ¢ = 0 khong c6 hé sd goc = khing dinh 1 dang.

Néu b#0 thi dudng thang d: y = —%x—% c6 hé sb goc 1a —% — khang dinh 2 sai.
Vé6i u=(b;—a)=>un=0=u L n=u la mot vecto chi phuong ctia d =>khang dinh 3 dtng.

Chon k=0e R = kn=(0;0) khong phai 1a vecto phap tuyén clia d = khing dinh 4 sai.

Vay c¢6 2 ménh d¢ sai.
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Cau 3:

Cau 4:

Cau 5:

Ciu 6:

Cau 7:

Trong mit phing toa d6 Oxy, cho duong thing d :x—2y+3=0. Vecto phap tuyén cia dudng
thang d la
A. n=(1;-2) B. n=(21) C. n=(-2;3) D. n=(1;3)
Loi giai
Chon A
Cho dudng thang (d):3x+2y—-10=0. Véc to nao sau day la vécto chi phuong ctia (d)?
A u=(3;2). B. u=(3;-2). C.u=(2;-3). D. u=(-2;-3).
Loi giai
Chon C
Dudng thang (d) c6 mot vécto phap tuyén 1a n=(3;2) nén (d) c6 mot vécto chi phuong 1a
u=(2;-3).

1
X = 5 ——1 7 2
2 mdt vecto phép tuyén cuia dudong thang A co6 toa do

y=-3+3t

Cho duong thing A:
A. (5:-3). B. (6:1). c. (1;3) D. (-5:3).

Chon B

1
x=5-—t ~ :
A 2 ¢ mdt vecto chi phuong la u = [—%;3] suy ra c6 mot vecto phap tuyén la

y=-3+3t

n= (3;%) Do d6 duong thdng A ciing ¢6 mot vecto phap tuyén c6 toa do (6;1).

Trong hé truc toa dd Oxy, Vécto nao 1a mot vécto phap tuyén cia duong thing d {; Z :21 :L t2t
?
A. n(-2-1). B. n(2;-1). C. n(-1;2). D. n(1;2).
Loi giai
Chon A

Mot VTCP cuia duong thing d 1a u(~1;2) =mét VIPT cua d 1a n(-2;-1).

. =1-4
Vecto chi phuong cuia duong thang d : {x ! la:
y=-2+3t
A u=(~43). B. u=(4;3). C. u=(34). D. u=(L-2).
Loi giai

Chon A
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

x=1-4¢

Puong thing d :
8 8 {y:—2+3t

¢6 vecto chi phuong 13 u = (-4:3).

Vector nao dudi day 1a 1 vector chi phuong cta dudng thang song song véi truc Ox
A. u=(10). B. u=(;-1). C.u=(L1). D. u=(0;1).
Loi giai
Chon A

Vector i = (1;0) 1la mét vector chi phuong cua truc Ox

Cac duong thang song song véi truc Ox c6 1 vector chi phuong 1a u=i= (1;0)

Cho duong thang d : 7x+3y—1=0. Vecto ndo sau day 1a Vecto chi phuwong ctia d?

A u=(7;3). B. u=(37). C.u=(-37). D. u=(2;3).
Loi giai

Chon C

Dudng thing d ¢6 1 VIPT 1a n=(7;3)nénd c6 1 VTCP 1a u =(-3;7).

Cho duong thang d : 2x+3y—4=0. Vécto ndo sau day 1a vécto phap tuyén ctua duong thang d

?

A =(3;2). B.nm =(-4;-6).  C.nm=(2;-3). D. n, =(-2;3).
Loi giai

Chon B

Vécto phap tuyén cta duong thing d : n = (—4;-6).

Cho dudng thiang d: 5x+3y—7=0. Vecto nao sau day la mot vec to chi phuong cta dudng
thang d ?
A. 1 =(35). B. n, =(3;-5). C. n,=(53). D. n, =(-5-3).
Loi giai
Chon D
Duong thing o : 5x+3y—7=0 co vec to phap tuyén la: n=(5;3).
Taco: nn, =0.
= d 6 mdt vec to chi phuong 1a n, =(3;-5).
Cho duong thing A:x—2y+3=0. Véc to nao sau ddy khong 1a véc to chi phuong cia A?
A u=(4;-2). B. v=(-2;-1). C. m=(2;1). D. ¢=(4;2).
Loi giai

Chon A
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Chgon D

Néu u 1a mot véc to chi phuong cua dudng thing A thi ku, Vk # 0 ciing 1a véc to chi phuong

ctia dudng thing A.
Tir phuwong trinh duong thing A ta thdy dudng thang A c6 mét véc to chi phuong co toa do 1a
(2;1). Do d6 véc to u = (4;-2) khong phai 1a véc to chi phuong cta A.
Cho hai diém 4 =(1;2) va B=(5;4). Vecto phap tuyén ctia duong thang 4B la
A. (-1-2). B. (1,2). C. (-21). D. (-12).
Loi giai
Chon D
Taco AB=(4;2)= 2(2;1) suy ra vecto phép tuyén clia duong thing 4B la 1, =(-12).
Cho dudng thang d : 7x+3y—1=0. Vecto nao sau diy la Vecto chi phuong ctia dudng thang d?
A u=(7;3). B. u=(37). C. u=(-37). D. u=(23).
Loi giai
Chon C
Pudng thing d ¢4 1 VIPT la n=(7;3)nénd c6 1 VTCP la u=(-3;7)
Vecto nao dudi ddy 1a mot vecto phap tuyén ciia d :x—2y+2018=07
A. ﬁl(O;—Z). B. 7, (-2;0). C. ﬁ4(2;1). D. 7, (,-2).
Loi giai
Chon D
Puong thing d : x—2y+2018 =0 co vecto phap tuyén 1a n, (l; —2) .
Vecto nao trong cac vecto dudi ddy 1a vecto phap tuyén ciia duong thing y+2x—1=07
A. (2-1). B. (1,2). C. (-21). D. (-2-1).

Loi giai

(d):y+2x—1:0 <:>2x+y—1:0;(d) c6 VTPT la ﬁ:(2;1) hay 7’ :(—2;—1)

Cau 17:

Cau 18:

Trong mit phing Oxy, cho dudng thing d:2x—y+1=0, mdt vécto phap tuyén cia d 1a
A. (—2;—1). B. (2;—1). C. (—1;—2). D. (1;—2).
Loi giai
Chon B
Mot vécto phéap tuyén cua dudng thing d 1a n= (2;-1).

Trong mat phang voi hé toa dd Oxy cho duong thing d :2x—3y+4=0. Vecto ndo sau ddy la
mot vecto chi phuong cua d.
A u, =(3-2). B. u, =(2;3).
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Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

C. u, =(2;-3). D. u, =(3;2)
Loi gidi
Chon D

Ta thiy dudng thing d c6 mdt vecto phap tuyén 1a (2;—3). Do do LT3 = (3;2) la mot vecto chi

phuong cua d.

Vecto nao sau day 1a mot Vecto chi phuong cia dudng thang A:6x—2y+3=0?

A. u(1;3). B. u(6;2). C. u(-13). D. u(3;-1).
Loi giai

Chon A

+) Mot vécto phap tuyén cia duong thing A 1a n(6; —2) nén vécto chi phuong ctia duong

thing A 13 u(1;3).

Cho hai diém M (2;3) va N(-2;5). Dudng thing MN c6 mdt vecto chi phuong 1a:

A u=(42). B. u=(4-2). C.u=(-4-2). D. u=(-24).
Loi giai

Chon B

MN = (—4;2). Do d6 vecto chi phuong cia MN la U= (4,-2).

Trong mit phiang véi hé toa dd Oxy, cho dudng thing d:x—2y+1=0. Mt vecto chi phuong
ctia dudng thang d 1a
A.ﬁ:(l;—Z). E.ﬁ:(Z;l). C.ﬁ=(2;—1). D. i=(12).
Loi giai
Chon B

Puodng thing d : x—2y+1=0. ¢b vecto phap tuyén 1a n = (1;-2) = Vecto chi phuong cua d
I3 4=,

Puong thiang d c6 mot vecto chi phuong 1a U= (2;—1) . Trong céc vecto sau, vecto nao la mot
vecto phéap tuyén cta d ?
A, m =(-12). B. n, =(1;-2). C. n, =(-3;6). D. n, =(3;6).

Loi giai

Puong thing d ¢6 VICP: i (2;—1)——> VTPT 7i(1;2) hodc 37i =(3;6). Chon D

Puong thing d c6 mot vecto phap tuyén la n=(4;-2). Trong cac vecto sau, vecto nio la mot
vecto chi phuong cua d ?
A u, =(2;-4). B. u, =(-2;4). C. u,=(1;2). D. u, =(2;1).

Loi gidi
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Duong thing d ¢6 VIPT: 7i(4;-2)——> VTCP ii(2;4) hodc %ﬁ =(1;2). Chon C

Duodng thing d c6 mot vecto chi phuong 14 i =(3;—4). Dudng thang A vudng goc véi d b

mot vecto phap tuyén 1a:

A. n =(43). B. n, =(—4;-3). C. n, =(3;4). D. n, =(3;-4).
Loi giai
i, =(3;—4 o
{Adj_cg’ )——>nA =i, =(3;—4). Chon D

Dudng thang d c6 mot vecto phap tuyén 1a 7 =(-2;-5). Puong thing A vuéng goc v6i d co
mot vecto chi phuong la:
A. u, =(5;-2). B. u, =(-5;2). C. u, =(2;5). D. u, =(2;-5).
Loi giai
n, =(—2;-5 _
s =( )—>ﬁA =1i, =(~2;-5) hay chon —7i, =(2;5). Chon C
Ald
Puong thing d c6 mot vecto chi phuong 1a u= (3;—4). Puong thing A song song véi d ¢
mot vecto phap tuyén la:
A. n =(43). B. 1, =(~4;3). C. n, =(3;4). D. n, =(3;-4).
Loi giai
u, =(3;,—4
{Ad” d( )——n?A =ii, =(3;-4)—>ii, =(4;3). Chon A
Puong thang d c6 mdt vecto phéap tuyén la n= (—2;—5). Puong thing A song song véi d ¢o

mot vecto chi phuong la:

A. u =(5-2). B. u, =(-5-2). C. uy =(2;5). D. u, =(2;-5).
Loi giai
(o
{Z"” d( ’ 5)—>;7iA =i, =(-2;-5)—> i, =(5;-2). Chon A

DANG 2. VIET PHUONG TRiINH PUONG THANG VA CAC BAI TOAN LIEN QUAN

Dang 2.1 Viét phwong trinh dwong thing khi biét VIPT hoic VICP, HE SO GOC va 1 diém di qua

Cau 28:

Trén mit phing toa do Oxy, cho hai diém A4(-2;3) va B(4;-1). Phuong trinh nao sau day 1a
phuong trinh duong thang AB ?

_ _ x=1+3¢t
A. x+y-3=0. B. y=2x+1. c. x=4_y-t Q.{ .
y=1-2¢

Chon D
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Bon phuong trinh da cho trong bon phuong an déu 1 phwong trinh cta dudng thang,
Thay lan luot toa do ciia A, B vao tirng phuong an ta théy toa do ciaca 4 va B déu thoa

phuong an D.

Cau 29: Phuong trinh tham s ciia duong thang di qua hai diém A(Z;—l) va B(2;5) la

x=2t xX=2+t x=1 x=2
A. : B. : C. . D. .
y=-6t y=5+6t y=2+6t y=—1+6¢
Loi giai
Chon D

Vecto chi phuong 4B =(0;6).

Phuong trinh duong thing 4B di qua 4 va co vecto chi phuong 4B =(0;6) 1a

x=2
{ y=-1+6t
Ciau 30: Trong mit phang toa do Oxy, cho hai diém A4(3;—1) va B(—6;2). Phuong trinh ndo dudi day
khong phai 1a phuong trinh tham sé ctia duong thiang 4B ?
{x=3+3t {x=3+3t {x:—3t {x:—6—3t
A. : B. . C. : D. .
y=—1-¢ = |y=-1+¢ y=t y=2+t
Loi giai
Chon B
e Cach 1: Thay toa do cac diém 4, B lan luot vao cac phuong trinh trong cac phuong an trén thi
thiy phuong an B khong thoa mén.
e Cach 2: Nhan thdy rang cac phuong trinh ¢ cac phwong an A, C, D thi vecto chi phwong cua cac
duong thang d6 cung phuong, riéng chi c¢o phuong 4n B thi khong. Do d6 lya Chon B
Céu 31: Phuong trinh tham sb cia duong thing qua M (1;—2) , N (4;3) la

x=4+t x=1+5¢t x=3+3¢ x=1+3¢
A. . B. . C. . D. .
y=3-2¢ y=—2-3t y=445t y=—2+5¢
Loi gidi
Chon D
Puong thang c6 vécto chi phuong 1a MN = (3; 5) vadiqua M (1; —2) nén c¢6 phuong trinh tham
L. | x=1+3¢
so la .
y=-2+5t
Chu 32: Phuong trinh tham s6 ctia dudng thang di qua hai diem A4(3;-1),B(-6;2) 1a

x=—1+3¢ x=3+3¢ x=3+3¢ x=3+3t
A. . B. . C. . D. .
y=2 — y=-1-¢ y=-6-t y=—1+1
Loi giai
Chon B

Tacé AB=(-9;3)=u,, =(3;-1).
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Cau 33:

Cau 34:

Cau 35:

Cau 36:

x=3+3¢

Suy ra phuong trinh tham s6 ciia duong thing 4B la { =g
y=-1=

Trong mét phang toa do, cho hai diém 4(3;0), 8(0;2) va dudng thang d : x+ y = 0. Lap phuong

trinh tham s6 cua duong thang A qua A4 va song song véi d .

x=t x=t xX=—t xX=-t
A. . B. . C. . D. .
y=3-t y=3+t y=3-t y=3+t
Loi giai
Chon A

Taco A songsong voi d nén A:x+y+C=0(C#0).
A qua A(3;0),suyra 3+0+C=0=C=-3

Nhu vady A:x+y-3=0

. | x=t

Vay Acdé phuong trinh tham so: { .

y=3-t

\ 2 , X L | x=5+t X 2 o \
Cho duong thang d c6 phuong trinh tham so { 9—o;" Phuong trinh tong quat cua duong
y=-=
thang d 1a
A. 2x+y-1=0. B. 2x+y-1=0. C. x+2y+1=0. D. 2x+3y-1=0.
Loi giai

Chon A

. B x=5+t t=x-5
Duong thang (d):

= = y=-9-2(x-5) = 2x+y-1=0.
y==9-2 " |y=-9-2t " (¥=3) 4

Trong mit phing Oxy cho diém M(1;2). Goi A4,B 1a hinh chiéu cia M 1én Ox,Oy. Viét
phuong trinh duong thang AB .

A. x+2y-1=0. B. 2x+y+2=0. C.2x+y-2=0. D. x+y-3=0.
Loi giai:

Chon C

Ta c6 hinh chiéu ctia diém M (1;2) 1én Ox,Oy lan lugt 1a A va B. Do d6 phuong

trinh dudng thing AB la %+§=1@ 2x+y-2=0.

. . x=3-5¢ .
Trong mdt phang toa d¢ Oxy, cho dudong thang d : { 144 (t € R). Phuong trinh tong quat
ctia dudng thang d 1a
A. 4x-5y-7=0.. B. 4x+5y—-17=0.. C.4x-5y—-17=0.. D. 4x+5y+17=0.
Loi giai
Chon.B.

Page 8



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 37:

Cau 38:

x=3-5t "5 3-x y-1
d: (teR)<= >—="——c4x+5y-17=0
y=1+4t y—1 5 4

bapan B.
Trong mit phing véi hé truc toa dd Oxy, cho dudng thing d cat hai truc Ox va Oy lan luot tai
hai diém A4(a;0) va B(0;5) (a#0;b#0). Viét phuong trinh dudng thang d.

Ad:2+2=0. B.d:-2-Y_1. C.d:X+2-1. D.d: 2421

a b a b a b b a
Loi giai

Phuong trinh doan chén cia duong thing d : X +% =1.
a

Phuong trinh duong thing di qua hai diém 4(0;4),B(-6;0) la:

A+ 2o B. 2+ 1. c. 2+, D. =+2-1.
6 4 4" 6 4 6 =6 4
Loi giai
Chon D
Phuong trinh duong thing di qua hai diém M (a;0), N (0;5) véi a,b#0 1a £+%:1.
a

Ap dung phuong trinh trén ta chon phuong 4n D .

Dang 2.2 Viét phwong trinh dwong thing di qua mét diém vuéng géc hodc véi dwong thing cho trude

Cau 39:

Cau 40:

Phuong trinh duong thang d di qua 4(1;—2) va vudng goc véi dudng thang A:3x—2y+1=0

la:

A.3x-2y-7=0. B. 2x+3y+4=0. C. x+3y+5=0. D. 2x+3y-3=0.
Loi giai

Chon B

Do d LA=n,(23)

Ma duong thang d di qua A(1;—2) nén ta c6 phuong trinh:
2(x—1)+3(y+2):0<:>2x+3y+4=0.

Vay phuong trinh duong thing d:2x+3y+4=0.

Cho duong thiang d:8x—6y+7=0. Néu duong thang A di qua gbc toa do va vudng goc voi
duong thang d thi A c6 phuong trinh 1a
A. 4x-3y=0. B. 4x+3y=0. C.3x+4y=0. D. 3x—-4y=0.

Loi gidi

Chon C
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Cau 41:

Cau 42:

Cau 43:

Cau 44:

Vi A vudng goc véi dudng thing d :8x—6y+7 =0 nén phuong trinh A:6x+8y+C =0
Ma A di qua gdc toa do nén ta cé: 6.0+8.0+C=0<C=0.
Vay phuong trinh A:6x+8y =0 hay A:3x+4y=0
Duong thing di qua diém A(1;11) va song song v6i dudng thing y =3x+5 c6 phuong trinh la
A. y=3x+11. B. y=(-3x+14). C. y=3x+8. D. y=x+10.
Loi gidi
Chon C
Goi (d) la dudng thing cén tim. Vi (d) song song véi duong thang y =3x+5 nén (d) co
phuong trinh y =3x+a, a#5.
Vi (d) di quadiém A(L;11) néntacéd 11=3-1+a=a=8.

Véy phuong trinh duong thang (d) can tim la y =3x+8.

Lap phuong trinh duong di qua 4(2;5) va song song véi dudng thang (d):y =3x+4?

A.(A):y=3x-2.  B.(A):y=3x-1. C.(A):y:—%x—l. D. (A):y=-3x-1.
Loi giai

Chon B

Goi (A) 1a duong thang can tim.

+) (A)//(d):y =3x+4. Suy ra phuong trinh (A) c6 dang y=3x+b, b=4.
Co A(2:5)eA=5=6+b<b=-1

Vay (A):y=3x—1.

Trong hé truc Oxy, dudng thang d qua M (1;1) va song song v6i dudng thang d':x+y—1=0
c6 phuong trinh 1a
A. x+y—-1=0. B. x—y=0. C. x+y-1=0. D. x+y-2=0.
Loi giai
Chon D
Do dudng thang d song song v&i duong thang d': x+ y—1=0 nén duong thang d nhan véc

to n=(1;1) 1am véc to phap tuyén.

Khi d6 duong thang d qua M (1;1) va nhan véc to n=(1;1) 1am véc to phap tuyén c6 phuong
trinh1a x+y—-2=0.

Viét phuong trinh tong quét cua dudng thang di qua diem 7(-1;2) va vudng géc véi duong

thang c6 phuong trinh 2x—y+4=0.
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A. x+2y=0. B. x+2y-3=0. C. x+2y+3=0. D. x-2y+5=0.
Loi giai
Chon B
Ta c6 duong thang vudng goc voi 2x—y+4=0 co phuong trinh x+2y+m =0, ma duong
thang nay di qua diem /(-1;2),suyra —1+2.2+m=0< m=-3.

Viy duong thang can tim c6 phuong trinh x+2y-3=0.
Céu 45: Trong mit phang v6i hé toa dd Oxy, cho ba diém A(2;0), B(0;3) va C(-3;-1). Duong thang
di qua diém B va song song voi AC c6 phuong trinh tham s6 la:
x=>5t x=5 x=t x=3+5t
A. : B. . C. . D. .
y=3+t y=1+3t y=3-5¢ y=t
Loi giai
Goi d 1a duong thang qua B va song song v6i AC. Ta cd

B(0;3)ed x =5t
—)d:{ (teR)—) Chon A

ii, = AC=(=5-1)=-1.(51) y=3+1
Ciu 46: Trong mit phang véi hé toa & Oxy, cho ba diém A4(3;2), P(4;0) va O(0;-2). Dudng thang
di qua diém 4 va song song voi PQ ¢ phuong trinh tham s 1a:
x=3+4¢ x=3-2¢ x=-1+2¢ x=—1+2¢t
A. . B. : C. : D. .
Loi giai

Goi d 1a duong thang qua 4 va song song v&i PO.

, {A(3;2)ed {x=3+2t
Ta co: —d:

ii, = PO =(-4;,-2)=-2(21) y =2+t
t==2 x=_l+2t
—)M(—l;O)ed—)d:{ , (te]R).ChQnC
y:

Chu 47: Trong mit phang véi hé toa dd Oxy, cho hinh binh hanh ABCD c6 dinh A(-2;1) va phuong
x=1+4t

3y Viét phuong trinh tham sé cua dudng thing
y =

trinh dudng thang chira canh CD 1a {

chira canh AB.

x=-2+3t x=-2-4¢ x=-2-3¢ x=-2-3¢
A. . B. . C. . D. .
y=-2-2t y=1-3¢ y=1-4t y=1+4t
Loi giai
A(-2;1)e AB, u,., =(4;3 =_2_4¢
(=21) 0 =(453) — B l” (teR). Chon B
AB||CD —> i, = —ii;, = (—4;-3) y=1-3t

Céu 48: Viét phuong trinh tham s cua dudng thang d di qua diém M (—3;5) va song song voi duong
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phan giac ciia goc phan tu thir nhat.

x=-3+t¢ x=-3+t¢ x=3+t x=5-t
A. : B. . C. . D. :
y=5-t y=5+t y=-5+t y=-3+¢
Loi giai
, A . _ x=-3+¢
Goéc phan tu: x—y=0——VTCP i (1;1) =1, —>d : s (teR).
y=5+
Chon B

Céu 49: Viét phuong trinh tham sé cua dudng thiang d di qua diém M (4; —7) va song song voi truc Ox

x=1+4¢ x=4 x=-7+t x=t
A. . B. . C. . D. .
y=-Tt y=—T+t y=4 y=—7
Loi giai

x=4+t x=t

ﬁ0x=(l;0)—>ﬁd=(l;0)—>d:{ "—‘4>A(0;—7)ed—>d:{

y=-1 y=-T

Chon D

Cau 50: Duodng thang d di qua diém M (1;2) va song song véi duong thang A:2x+3y—12=0 c6
phuong trinh tong quat 1a:
A. 2x+3y—-8=0. B. 2x+3y+8=0. C.4x+6y+1=0. D. 4x-3y—-8=0.
Loi giai
M(1;2)ed M(L,2)ed
fucea N { (:2)

d||A:2x+3y-12=0 d:2x+3y+c=0(c#-12)
—2.14+32+c=0<c=-8. Vay d:2x+3y—-8=0. Chon A

Cau 51: Phuong trinh tong quat cua duong thing d di qua O va song song v6i dudng thing
A:6x—4x+1=0 la:
A.3x-2y=0. B. 4x+6y =0. C.3x+12y-1=0. D. 6x-4y-1=0.
Loi giai

—6.0-4.0+c=0<c=0.

0(0;0)ed 0(0;0)ed
%
d||A:6x—4x+1=0 d:6x—4x+c=0(c#1)
Vay d :6x-4y=0<d:3x-2y=0. Chon A
Chu 52: Duong thing d di qua diém M (-1;2) va vudng gbc v6i dudng thang
A:2x+y—3=0 c6 phuong trinh tong quat 1a:

A. 2x+y=0. B. x-2y-3=0. C.x+y—-1=0. D. x-2y+5=0.
Loi giai
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{M(—l;2)ed _){M(—l;2)ed

—>—-1-22+c=0&c=5.
dLlLA:2x+y-3=0

d:x=2y+c=0
Vay d:x—-2y+5=0.Chon D

Cau 53: Viét phuong trinh dudng thing A di qua diém 4(4;-3) va song song véi dudng thang
x=3-2¢
d: .
y=14+3¢
A. 3x+2y+6=0. B. 2x+3y+17=0. C.3x+2y-6=0. D. 3x-2y+6=0.
Loi giai

A(4;-3)ed
( )< A(4-3)ed
Taco: qu, =(-2;3) —>1_ -
Alld uA=(—2;3)—>nA=(3;2)

> A:3(x-4)+2(y+3)=05 A:3x+2y—6=0.

Céau 54: Cho tam gidc ABC c6 A(2;0), B(0;3), C(-3;1). Duong thing d di qua B va song song véi
AC c6 phuong trinh tong quat 1a:

A. 5x—y+3=0. B. 5x+y-3=0. C. x+5y-15=0. D. x—15y+15=0.
Loi gidi
B(0;3)ed
. B(0;3)ed
ﬁAC:AC:(—S;I)—> .
i, =(1;5)
d||AC

—>d:1(x—0)+5(y—3)=0<:>d:x+5y—15=0.

Céu 55: Viét phuong trinh tong quat cua duong thang d di qua diém M (—1;0) va vuong goc voi duong

. x=t
thang A:{ .
y=-2t
A. 2x+y+2=0. B. 2x—y+2=0. C. x-2y+1=0. D. x+2y+1=0.
Loi gidi
M(-1;,0)ed
( ) M(-1;0)ed
i, =(1,-2) —1_ —d:1(x+1)-2(y-0)=0=d:x-2y+1=0.
nd=(1;—2)
d LA
Chon C
A \ 2 . .2 A g as 2 x=1-3¢ ,
Cau 56: Duongthang d di quadiém M (—2;1) va vudng goc voi duong thang A : 545 c6 phuong
y=—z+
trinh tham s 1a:
x=-2-3t x=-2+5t¢ x=1-3¢ x=1+5¢
A. . B. . C. . D. .
y=1+5¢ y=1+3¢ y=2+45t y=2+3t

Loi gidi
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M(-21)ed
i, =(-3;5)
dlA

M(—2;1)ed x=-2+5¢
- —>d (z‘eR).ChQnB

i, =(-3;5)>u, =(53) - y=1+3¢

Cau 57: Viét phuong trinh tham s6 cia dudng thang d di qua diém A4(-1;2) va song song véi duong
thang A:3x—13y+1=0.

{x:—l+13t {x=l+l3t {x=—1—13t {x=1+3t
A. . B. . C. . D .
y=2+3t y=-2+3t y=243t y=2-13t
Loi giai

A(-1;2)ed

#( ) A(-L2)ed x=-1+13t

iy =(3-13) >4 _ - —d: (teR). Chon A

ji, =(3-13) > i, =(13;3) y=2+3

d|lA

Céu 58: Viét phuong trinh tham s6 cua dudng thang d qua diém A (— L; 2) va vudng goc voi duong thang

A:2x—y+4=0.

{x:—1+2t {xzt {x=—1+2t {x=1+2t
A. . B. . C. . D. .

y=2—t y=4+2t y=2+t y=2-t

Loi giai

A(-1;2)ed

9( ) A(-1;2)ed x=—1+2¢

iy =(2-1) -1 _ —d: (teR). Chon A

i, =(2;-1) y=2—-t
d LA

Céu 59: Viét phuong trinh tong quat ctia duong thang d di qua diém M (—2; -5 ) va song song voi duong
phan giac goc phan tu thir nhét.

A. x+y-3=0. B. x-y-3=0. C.x+y+3=0. D. 2x-y-1=0.
Loi giai
M(-2;-5)ed
(F2-5)e M(-2;-5)=0
(I):x—yzO(A)—) —)—2—(—5)+c=0<:>c=—3.
d:x—y+c=0(c#0)

d| A
Vay d :x—y—-3=0. Chon B

Céu 60: Viét phuong trinh téng quat cia dudng thing d di qua diém M (3;—1) va vudng goc vdi dudng
phan giac goc phan tu thir hai.
A. x+y—-4=0. B. x—y—-4=0. C.x+y+4=0. D. x—y+4=0.
Loi giai
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M(3;-1)ed

M(S;—l)
(IN:x+y=0(A)—>

d:x—y+c=0
d LA

—>3—(—1)+c:O<:>c:—4—>d:x—y—4:0.

Céu 61: Viét phuong trinh tham sb cua duong thing d di qua diém M (—4;0) va vuong goc véoi duong
phan giac goc phan tu thir hai.

x=t x=—4+t x=t x=t
A. . B. . C. . D. .
y=—4+t y=-t = |y=4+t y=4-t
Loi giai
x=—4+t
M(—4,0)ed —>{ . =4 A(0;4)ed
y:

X =
—>d:{ (teR)
y=4+t
Céu 62: Viét phuong trinh tong quét cua dudong thing d di qua diém M (—1;2) va song song voi truc
Ox.
A. y+2=0. B. x+1=0. C. x-1=0. D. y-2=0.
Loi giai
M(-1;2)ed
——>d:y=2. Chon D
d||Ox:y=0
Céu 63: Viét phuong trinh tham s6 cta dudng thang d di qua diém M (6;—10) va vudng goc véi truc
Oy.
x=10+1¢ x=2+t x=6 x=6
A. . B. d: . C.d: . D.d: .
y=6 y=-10 y=-10—¢ y=—10+¢
Loi giai
M(6;-10)ed x=6+1 ,_,
—d: —== > 4(2;-10)ed
d1Oy:x=0-i,=(10) =-10
x=2+t
—>d: .
{y:—lo

Dang 2.3 Viét phwong trinh canh, dwong cao, trung tuyén, phin gidc ciia tam gidc
Dang 2.3.1 Phwong trinh duwdng cao cua tam giac

Céu 64: Trén mit phang toa d6 Oxy, cho tam gidc ABC c¢6 A(1;2),B(3;1),C(5;4). Phuong trinh ndo
sau day la phuong trinh duong cao ké tir 4 cua tam gidc ABC?
A. 2x+3y-8=0. B. 2x+3y+8=0. C.3x-2y+1=0. D. 2x+3y—-2=0.
Loi giai
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Cau 65:

Cau 66:

Cau 67:

Caiu 68:

Chon A

Goi AH 1a duong cao ké tir 4 cua AABC.Tacé: AH L BC= vipt AH 1a ﬁ:(2;3).
Phuong trinh AH:2(x—1)+3(y-2)=0<2x+3y—-8=0..

Cho A4BC ¢4 A(2;-1),B(4;5),C(-3;2). Buong cao AH cua AABC ¢ phuong trinh 1a
A. Tx+3y—-11=0. B. 3x+7y+13=0. C.3x+7y+17=0. D. 7x+3y+10=0.
Loi giai

Duodng cao AH di qua diém A(2;—1) vacé VIPT la BC =(-7;-3).
Vay phuong trinh AH 1a =7(x-2)-3(y+1)=0< Tx+3y—11=0.

Trén miat phang toa @6 Oxy , cho tam gidc ABC ¢o A(l; 2), B(3; 1) , C(S; 4) . Phuong trinh nao

sau day la phuong trinh duong cao ké tir 4 ctia tam giac ABC ?

A. 2x+3y-8=0. B. 2x+3y+8=0.
C.3x-2y+1=0. D. 2x+3y-2=0.

Loi giai
Chon A

Tacé: BC = (2;3)
Puong cao ké tir A ctia tam gidc ABC nhéan BC = (2;3) lam vecto phap tuyén va di qua
diém A nén c6 phuong trinh: 2(x—1)+3(y—2) =0<2x+3y-8=0.

Trong mit phang cho tam gidc ABC can tai C ¢6 B(2;—1), 4(4;3). Phuong trinh duong cao

CH la

A x—2y-1=0. B.x-2y+1=0.  C.2x+y-2=0. D.x+2y—5=0.
Loi gidi

Chon D

Tam gidc ABC cantai C nén H la trung diém ciia AB va CH 1 AB.

Cé H(31) va AB=(-2;-4)=-2(1;2).

Vay phuong trinh duong cao CH 1a 1(x—3)+2(y-1)=0 < x+2y-5=0.

Cho AABC ¢6 A(2;-1),B(4;5),C(-3;2) . Phuong trinh tong quat cuia dudng cao BH 1a

A.3x+5y-37=0. B. 5x-3y-5=0. C.3x-5y-13=0. D.3x+5y-20=0.
Loi gidi

Chon B

Do BH L AC = Chon VTPT ctia BH 1a ny, = CA=(5;-3).
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Phuong trinh tong quét ciia BH : 5(x—4)—3(y—5):0<:>5x—3y—5=O.

Céu 69: Pudng trung tryc cua doan thing AB v6i A = (-3;2), B=(-3;3) c6 mot vecto phap tuyén la:
A. 1, =(6;5). B. n, =(0;1). C. n,=(-35). D. n, =(-10).
Loi giai
AB=(0;1)

——ii, = AB=(0;1). Chon B
d L AB

Goi d la trung tryc doan 4B, ta co: {
Cau 70: Cho tam gidc ABC c6 A(L;1), B(0;-2), C(4;2). Lap phuong trinh dudng trung tuyén ctia tam
gidc ABC ké tu A.
A. x+y-2=0. B. 2x+y-3=0. C.x+2y-3=0. D. x—y=0.
Loi giai
Goi M 1a trung diém cua BC. Ta can viét phuong trinh dudng thang AM.
Tacod:
B(0;-2) .
c(42) — M(2;0) > ii,, =AM =(1;=1) = ii,,, = (1;1) > AM : x+y—-2=0. Chon A
Cau 71: Puong trung truc cua doan AB v6i A(1;—4) va B(5;2) c6 phuong trinh la:
A. 2x+3y-3=0. B. 3x+2y+1=0. C.3x—y+4=0. D. x+y—-1=0.
Loi giai

Goi / 1a trung diém cua ABva d 1a trung truc doan 4B. Ta co

{A(l;—4),B(5;2) —1(3;-1)ed
—>d:2x+3y—-3=0. Chon A

d L AB —ii, = AB =(4;6)=2(2;3)

CAu 72: Duong trung tryc cua doan AB voi A(4;-1) va B(1;—4) c6 phuong trinh la:
A x+y=1. B. x+y=0. C. y—x=0. D. x—y=1.
Loi giai
Goi / 1a trung diém cua ABva d 1a trung truc doan 4B. Ta co

A(4;—1),B(1;—4)—>I(§;—2jed
22 —>d:x+y=0. Chon B

d L AB —ii, = AB =(-3;-3)=-3(L;1)

Ciu 73: Duong trung tryc cua doan AB v&i A(1;—4) va B(1;2) ¢6 phuong trinh la:
A. y+1=0. B. x+1=0. C. y—-1=0. D. x—4y=0.
Loi giai

Goi / 1a trung diém cua ABva d 1a trung truc doan 4B. Ta co
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A(1,-4),B(1;2) > I(1;-1)ed
{( ) ( ) ( )E ——>d:y+1=0. Chon A

d L AB i, = AB=(0;6)=6(0;1)

CAu 74: Duong trung tryc cia doan AB voi A(1;—4) va B(3;—4) c6 phuong trinh 1a :
A. y+4=0. B. x+y-2=0. C. x-2=0. D. y—4=0.
Loi gidi

Goi / 1a trung diém cua ABva d 1a trung truc doan 4B. Ta co

——>d:x—2=0. Chon C

A(1;-4),B(3;-4) > 1(2,-4) ed
d L AB—>ii, = AB=(2;0)=2(10)

Céau 75: Trong mit phang v6i hé toa dd Oxy, cho tam giac ABC c¢6 A(2;-1), B(4;5) va C(-3;2). Lap
phuong trinh dudng cao ctuia tam giac ABC ké tur A.
A. 7x+3y-11=0. B. 3x+7y+13=0.
C.3x+7y+1=0. D. 7x+3y+13=0.
Loi giai

Goi /4, la duong cao ké tir 4 cua tam giac ABC. Ta co

{A(2;l)ehA

— —>h,:7x+3y—-11=0. Chon A
h, L BC -1, =BC=(-7,-3)=—(7;3)

Cau 76: Trong mit phang v6i hé toa dd Oxy, cho tam gidc ABC co A(2;-1), B(4;5) va C(-3;2). Lap
phuong trinh dudng cao ctuia tam giac 4ABC ké tur B.
A. 3x-5y—-13=0. B. 3x+5y-20=0.
C.3x+5y-37=0. D. 5x-3y-5=0.
Loi giai

Goi 4, la duong cao ké tir B cua tam giac ABC. Ta co

{8(4;5) eh,

—hy :5x-3y—-5=0. Chon D
hy, LAC —>n, = AC=(-53)=—(5-3)

Céu 77: Trong mit phing voi hé toa dd Oxy, cho tam gidc ABC ¢ A(2;-1), B(4;5) va C(-3;2). Lap
phuong trinh duong cao cua tam giac ABC ké tur C.
A x+y—1=0. B. x+3y-3=0. C.3x+y+11=0.  D.3x—y+11=0.
Loi giai

Goi A, la duong cao ké tir C cua tam giac ABC. Ta co6

{c(—3;2) ehe

S —>h.:x+3y-3=0. Chon B
he L AB—n, =AB=(2;6)=2(13)
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Dang 2.3.2 Phuong trinh dwong trung tuyén ciia tam gigc

Cau 78: Cho tam gidc 4BC vé6i A(L;1), B(0;—2), C(4;2). Phuong trinh téng quét ciia duong trung

tuyén di qua diém B cta tam giac ABC la

A. Tx+7y+14=0. B. 5x-3y+1=0. C.3x+y-2=0. D. —7x+5y+10=0.
Loi giai
Chon D
. . E 53 — (57
Goi M la trung di€m cta canh AC = M 5’5 = BM = E’E )

Puong trung tuyén BM nhan n = (=7;5) lam mot vécto phap tuyén. Vay phuong trinh tong

quat cta duong trung tuyén qua diém B cua tam giac ABC la:
-Tx+5(y+2)=0< -7x+5y+10=0.

Cau 79: Trong hé toa d0 Oxy, cho tam gidc ABC c6 A(2;3), B(1;0), C(~1;-2). Phuong trinh duong
trung tuyén ké tir dinh A cta tam giac ABC la:
A. 2x-y-1=0. B. x-2y+4=0. C.x+2y-8=0. D. 2x+y-7=0.
Loi giai
Chon A

Goi / 14 trung diém ciia BC = 1(0;-1)
Tacé Al = (-2:-4)= n= (2;-1) 1a vecto phap tuyén cua duong thing Al .
Phuong trinh duong thang A7 la: 2(x—2)—(y—3) =0 2x-y-1=0

Chu 80: Trong mit phing véi hé toa d Oxy, cho tam gidc ABC c6 A(L;4), B(3;2) va C(7;3). Viét

phuong trinh tham sb ctia dudng trung tuyén CM ctia tam giac.

x=17 x=3-5¢ x=T7+t x=2
A. . B. . C. . D. .
{y:3+51 {y:—7 - {y:3 {y:?)—t
Loi giai
A(1;4 _ _
( )—)M(2;3)—>MC=(5;0)=5(1;0)—>CM:{x "*'({eR). Chon C
B(3;2) y=3

Chu 81: Trong mit phang véi hé toa do Oxy, cho tam gidc ABC c6 A(2;4), B(5;0) va C(2;1). Trung

tuyén BM cua tam giac di qua diém N c6 hoanh d6 bang 20 thi tung do bang:
B. —E. C. -13. D. —Z.
2 2

Loi giai

A. —12.

A(2;4 _ -
{ ( )—>M(2;£]—)MB=(3;—EJ=1(6;—5)—>MB:{x 5+6t.
2) 2 2 2 y=—51
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5

r==
, 20=5+6¢ >
Taco: N(20;y,)e BM —> =S — Chon B
v, =5t 25

Yy :_7

Dang 2.3.3 Phwong trinh canh cua tam giac

Cau 82: Trong mat ph'fmg v61 hé toa dd Oxy, cho tam giac ABC co6 M (2; 0) 1a trung diém cua canh 4B
. Puong trung tuyén va duong cao qua dinh A lan luot co6 phuong trinh 1 7x—2y—-3=0 va

6x— y—4=0. Phuong trinh duong thang AC 1a

A.3x—-4y-5=0. B. 3x+4y+5=0. C.3x-4y+5=0. D. 3x+4y-5=0.
Loi gidi
Chon C
A
M
B ¢ o o
E D ¢

+) Goi AH va AD lan luot 1 cac duong cao va trung tuyén ké tir 4 cua tam giac ABC .

= 4(1;2).

. . | Tx=2y-3=0 x=1
+) Toa d0 A4 1a nghiém cua hé =

6x—y—-4=0 y=2

Xy =2x,-x,=3

= B(3;-2).
Ve =2Vy —y,=72

+) M 14 trung diém cua 4B nén {
+) Pudng thang BC di qua B(3;-2) va vudng gbc v6i dudng thang AH :6x—y—4=0 nén
¢6 phuong trinh x—3+6(y+2)=0<x+6y+9=0.

+) D la giao diém cua BC va AN néntoadd D la nghi¢m cua h¢

x=0

Tx-2y-3=0 3 . o
= 3 = D| 0; —— | ma D la trung diém cua BC suy ra C(—3;—1)

+) Pudng thang AC di qua A(1;2)va C(-3;-1) c6 phuong trinh 1a 3x—4y+5=0.

Ciu 83: Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c6 phuong trinh canh 4B 1la
x—y—2=0, phuong trinh canh AC 1a x+2y—5=0. Biét trong tdm cua tam giac 1a diém
G(3;2) va phuong trinh duong thing BC ¢6 dang x+my+n=0. Tim m+n.
A. 3. B. 2. C.5. D. 4.
Loi giai

Chon A

Page 20



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

x—-y-2=0 {x=3

& nén A(3;l)
x+2y-5=0 y=1

Toa do diém 4 1a nghiém cua hé {

Goi B(b;b - 2) va C(S -2c; c) , G la trong tam tam gidc ABC nén b, ¢ 1a nghiém cia h¢

5-2¢+b+3=9 b=5
= .
c+b-2+1=6 c=2

Vay B(5;3);C(1;2) = BC =(—4;~1) chon m¢t vécto phap tuyén ctia dudng thang BC la
Ny = (1;—4) suy ra phuong trinh dudng thang
BC:1(x—-1)-4(y-2)=0< BC:x-4y+7=0.

Dang 2.3.4 Phuwong trinh dwong phan giac cia tam giac
Chu 84: Trong mit phing véi hé toa dd Oxy , cho dudng thing A:ax+by +c =0 vahaidiém M (x,;y, )
, N (xn ; yn) khong thude A. Chon khéng dinh dtng trong cac kh'fmg dinh sau:
. M, N khac phia so véi A khi (ax,, +by, +c).(ax, +by, +¢)>0.
(
(
(

)
. M, N khéc phia so voi A khi (ax,, +by, +c).(ax, +by, +c)
)

= >

. M, N cung phia so v6i A khi (ax, +by, +c).(ax, +by, +¢)>0.
<

0.

T O

. M, N cung phia so v6i A khi (ax, +by, +c).(ax, +by, +¢)>0.
Loi giai
Chon D
Céu 85: Trong mit phang voi hé toa 40 Oxy, cho dudng thing d :3x+4y—5=0 va hai diém A(l;3) ,
B(2;m). Tim tAt ca cc gié tri clia tham s6 m dé 4 va B nam cung phia déi v6i d .
A. m<O0. E.m>—l. C.m>-1. D.m=—l.
4 4
Loi giai

A(l;3), B(2;m) nam cung phia véi d :3x+4y—5=0 khi va chi khi
(3xA+4yA—5)(3xB+4yB—5)>0<:>10(1+4m)>0<:>m>—%.Ch9nB

x=2+t

y=1-3¢t

B(—2;m). Tim tit ca cac gid tri cia tham s6 m d€ 4 va B nam clng phia ddi véi d .

A. m>13. B. m>13. C.m < 13. D. m = 13.
Loi giai

Ciu 86: Trong miat phang voi hé toa 40 Oxy, cho dudng thiang d :{ va hai diém 4(1;2),

=2+t A
d:{x |y, ——d:3x+y=T7=0. Khi 46 dibu kién bii ton ir0 thanh
y=1-

(3x,+v,—7)(3x3+y,—7)>0< -2(m—13)>0< m<13. Chon C
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Cau 87: Cip duong thing nao dudi day la phan giic cia cac goc hop boi hai duong thing
Aix+2y-3=0vaA,:2x-y+3=0.

A.3x+y=0va x-3y=0. B.3x+y=0va x+3y-6=0.
C.3x+y=0va —x+3y-6=0. D.3x+y+6=0va x-3y—-6=0.
Loi giai

Diém M (x;y) thude dudng phéan gide ciia cac gbc tao bdi A,; A, khi va chi khi

. Chgon C

d(M;A)=d(M;A,) < lx+2y-3| :|2x—y+3| c{%ﬁy:o

J5 J5 x=3y+6=0

Céu 88: Cip duong thang nao dudi day 1a phan gidc cua cac gbc hop boi duong thing A:x+y=0 va

truc hoanh.

A. (l+\/§)x+y=0; x—(l—ﬁ)y=o. B. 1+\E)x+y=o; x+(1—\/§)y
C. (1+\/§)x—y20; x+(1—\/§)y20. D. x+(1+\/§)y20; x+(1—\/§)y:0.

Loi gidi

0.

biém M (x;y) thudc dudng phan gidc ciia cac goc tao bdi A; Ox: y =0 khi va chi khi

x+(1+\/§)y:0
= . Chon D

x+<1—x/§)y=0

d(M0) = d (M;0x) 5 21 D]

=

, ) ) 7
Cau 89: Trong mat phang v&i hé toa dd Oxy, cho tam gidc ABC c6 A[Z;3j, B(1;2) va C(—4;3).
Phuong trinh duong phan giac trong cia goc A4 la:
A. 4x+2y-13=0.  B. 4x—8y+17=0.
C.4x-2y-1=0. D. 4x+8y—-31=0.
Loi gidi

A(%;?’),B(lﬂ)—)AB:4x—3y+2:0
AG;sJ,c(—4;3)—> AC:y=3=0

Suy ra cac duong phan giac goc A la:

|4x—3y+2|_|y—3|<:> 4x+2y—13=0- f(x;y)=4x+2y—13
51 4x—8y+17=0

{f(3(1;2))=5<0

f(C(-43))=-23<0
suy ra duong phan giac trong goc 4 1a 4x—-8y+17=0. Chon B

Céau 90: Trong mit phing voi hé toa do Oxy, cho tam giac ABC co A(L;5), B(—4;-5) va C(4-1).

Phuong trinh duong phan gidc ngoai ciia goc A4 la:
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A. y+5=0. B. y-5=0. C. x+1=0. D. x-1=0.
Loi gii

A(1;5),B(—4;-5) > AB:2x—-y+3=0

A(L5),C(4-1)> AC:2x+y-T7=0

Suy ra cac duong phan giac goc 4 la:

V5 J5 y=5=0 f(C(4-1))=3>0

px—y+3|_x+y-7] @{x—lO—)f(x;y)x—l_){f(3(4;5))=5<0

suy ra duong phén giac trong géc 4 1a y—5=0.Chon B

Cau91: Trong mit phang v6i hé toa do Oxy, cho hai dudong thing d,:3x—-4y-3=0 va
d, :12x+5y—12 = 0. Phuong trinh duong phéan gidc goc nhon tao boi hai duong thang d vad,
la:

A. 3x+11y-3=0. B. 1lx-3y-11=0.
C.3x-11y-3=0. D. 1lx+3y-11=0.
Loi giai
Céc dudng phan giac cua cac goc tao bdi

d :3x-4y-3=0vad,:12x+5y-12=0 la:

Bx—4y-3 [12x+5y-12| o [FeHty=3=0
5 13 11x=3y-11=0

Goi I =d,nd, > 1(1;0); d :3x+11y-3=0— M (-10;3) ed,

Goi H 14 hinh chiéu cia M 1én d,.

-30-12-3
Ta co: IM =+/130, MH=|#=9, suy ra
sinvii =ME _ 9 MiE > 52— 2MIH > 90,
M {130

Suy ra d:3x+11y—3=0 la duong phan giac goc tu, suy ra duong phéan giac goc nhon la
11x-3y—-11=0. Chon B

Cau 92: Cho tam giac ABC c6 phuong trinh canh 4B:3x—-4y-9=0, canh AC:8x—6y+1=0, canh
BC:x+ y—5=0. Phuong trinh dudng phan gidc trong ctia goc A la:
A. 14x+14y—-17=0. B.2x-2y-19=0. C.2x+2y+19=0. D.14x-14y-17=0.
Loi gidi
Chon D
AB:3x—4y-9=0

AC:8x—-6y+1=0
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Cau 93:

Phuong trinh cac duong phan giac cuia goc 4 cua A4ABC la:

2x+2y+19=0(A1)
14x—14y—-17=0(A,)

3x—451y—9 :i8x—160y+1 <:>2(3x—4y—9)=i(8x_6y+1)®{

Co {B}=ABNBC .Suyra B §E
777

C6 {C}=4CNBC.Suyra C(% %)

Xét( )2x+2y+19 0cot,t = 2§+2é 19 229 2ﬂ 19 [>0.
7 7 14 14

Suy ra B,C nim vé cing mdt phia dbi véi (A, ), nén (A,) la dudng phan gide ngoai cia goc 4

Vay dudng phén giac trong ciia goc 4 1a (A,):14x—14y—17=0.

Trong mat phéng toadd Oxy, cho tam giac ABC véi A(l;—2), B(Z;—3), C(3;0) . Phuong trinh
duong phan giac ngoai goc 4 cua tam giac ABC la
A. x=1. B. y=-2. C.2x+y=0. D. 4x+y-2=0.

Loi gidi
Chon A
Bai toan tong quat:
Goi d la phan giac ngoai goc A cua tam giac ABC.

— 1 —

bat AE=——-A48B, ﬁzLAC va AD = AE + AF .
AB AC

Khi do tr gidc AEDF' 1a hinh thoi.

Suy ratia AD la tia phan giac trong goc EAF .
Do dé: AD 1 d . Nén AD la vecto phap tuyén cta duong thing d .
, AB AB=\2  __

Ap dung: {ﬁ (=), :>AD=(x/§;O)=\/§(1;O).

AC=(2:2), AC=22

Xem dép 4n chi c6 dap 4n A ¢6 vecto phép tuyén 1a (1;0).
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&

£ PHUONG PHAP TOA PO
E I x TRONG MAT PHANG
O

BAI 2. PHUONG TRINH PUONG THANG
@ HE THONG BAI TAP TRAC NGHIEM.

DANG 3. VI TRI TUONG POI CUA HAI PUONG THANG

Cau 1: C6 bao nhiéu ciap duong thing song song trong cac duong thing sau?

1 1 1 V2
d)y=——F7x-2; (d,):y=—=x+3; (d;):y==x+3; (d,):y=—""-x-2
(4):y=mx=2 (d)iy==gae (d)iy=gued () 9==
A. 3. B. 2. C.1. D. 0.

Loi giai
Chon D

7 a=a
Hai duong thang y=a,x+b, va y=a,x+b, song song vdi nhau khi va chi khi {bl b2 .
1 # 2

Trong cac dudng thing trén khong co duong nao théa man. Vay khong c6 cip duong thing nao
song song.

Ciu 2: Phuong trinh ndo sau day la phuong trinh duong thing khéng song song véi duong thing

d:y=3x-2

A. -3x+y=0. B.3x-y-6=0. C.3x-y+6=0. D.3x+y-6=0.
Loi giai

Chon D

d:y=3x-23x-y-2=0.(d) c6 VTPT n=(3;-1).

Dudng thing 3x+y—-6=0 c6 VTPT n, =(3;1) # kn nén n va n, khong cing phuong. Do d6
dudng thang 3x +y -6 =0 khong song song véi dudng thang (d).
Cau 3: Trong mit phang Oxy, duong thang d :x—2y—1=0 song song véi duong thing co phuong
trinh nao sau day?
A. x+2y+1=0. B. 2x-y=0. C. —x+2y+1=0. D. 2x+4y-1=0.
Loi giai
Chon D

Ta kiém tra 1an luot cic duong thang
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Cau 4:

Caiu 5:

Cau 6:

. 1 2 .
.+)Vé’ldlix+2y+1:0C(’)I¢—2:>dCétdl.

. , 2 -1 .
.+)V01d2:2x—y:000T¢—2:>dcatd2.

. , -1 2 1 .
AH)Véid ;i —x+2y+1=0cd) —=—#—=dtrung d ;.

1 2 -1

1 -2 -1
.+)Véid4:—2x+4y—1=0cé—zTi—:Mlsongsongd4.

Cho céc dudng thiang sau.

3 1 V3 3

d:y=—7x-2d,:y=—4=x+1d,:y=—|1—— |x+2 d,: y=—x-1

-y \/g 2 \/g 3-Y ( 3 ) 42y 3
Khing dinh nao dung trong cac khang dinh sau?
A. d,,d,,d, song song voi nhau. B. d, va d,song song vdi nhau.
C. d,va d,vuong gboc vdi nhau. D. d, va d, song song voi nhau.

Loi giai

Chon B

) \/g 1 . 2 R T SR
Vid,:y=- I_T x+2 =$x+1 = d, =d, . buong thang d, va d,c6 hé so goc bang

nhau;h¢ so tu do khac nhau nén chiing song song.

Tim cac gia tri thyc ctia tham s6 m dé dudng thang y = (m2 - 3)x +3m+1 song song voi duong

thang y=x—5.

A. m=12. B. m=+2. C.m=-2. D.m=2.
Loi gidi

Chon D

Dé duong thang y = (m2 —3)x +3m+1 song song v6i dudng thang y = x—5 thi diéu kién 1a

m*-3=1 m=+2
= Sm=2.
3m+1#-5 m# -2

Toa d6 giao diém cua hai duong thang x—3y—6=0 va 3x+4y—-1=0 la

A. 2;—£ : B. (-27:17). C. —2;E : D. (27;-17).
137 13 1313
Loi giai
Chon A
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Cau 7:

Cau 8:

Cau 9:

Ta c6 toa do giao diém cua hai dudng thing x—3y—6=0 va 3x+4y—1=0 1a nghiém cta hé
2

phuong trinh {;:ji;;fl::oo & 1317.

Y
Cho dudng thang d, :2x+3y+15=0 va d, : x—2y—3=0. Khang dinh nao sau day dung?
A.d vad, cit nhau va khong vudng goc véi nhau.
B. d, va d, song song v6i nhau.
C. d, va d, tring nhau.
D. d, va d, vudng goc véi nhau.

Loi giai

Chon A
Puong thingd, :2x+3y+15=0 c6 mot vecto phap tuyén 1a n = (2;3) va duodng thing

d,:x—2y—3=0 c6 mdt vecto phap tuyén la n, = (1;-2).
Ta thiy %;ﬁiz va m., =2.1+3.(-2)=—4%0.

Vay d, va d, cit nhau va khéng vudng goc véi nhau.

Hai duong thing d :mx+y=m-5,d, : x+my=9 cit nhau khi va chi khi

A. m#-1. B. m#1. C. m#=l1. D.m#2.
Loi gidi

Chon C

CACH 1

-Xét m=0 thi d, :y =-5, d, :x =9. R0 rang hai duong thang nay cat nhau nén m =0 thoa
man .
-Xét m#0 thi d:y=—mx+m—5va d, :y:—i+9
m
C ey 2 \ £ 1 m#0
Hai duong thang d, va d, catnhaut< —-m+ —— < (2).
m m# =+l

Twr va taco m#=xl.
CACH 2
d, va d, theo tht tw nhan céc vecto 7, = (m,1), ii, = (1;m) 1am vec to phap tuyén.
d, va d, citnhau <> 7i; va ii, khong cing phuong <> mm #1.1< m # *1.
V6i gia tri ndo cia m thi hai duong thing

d :3x+4y+10=0 va d, :(2m—1)x+m2y+1020 trung nhau?

A. mt2. B. m=+1. C.m=2. D. m=-2.
Loi giai
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10

d :3x+4y+10=0 3

{2m—1=3
= S m=2.

{d21(2m—1)x+m2y+10=0 gty 2m=1_m’ 10
’ 4

m* =4

Cau 10: Trong mit phang voi hé toa dd Oxy, cho hai duong thing co6 phuong trinh
dimx+(m-1)y+2m=0vad,:2x+y-1=0. Néu d, song song d, thi:

A.m=2. B. m=-1. C. m=-2. D. m=1.
Loi gidi
dltmx+(m—l)y+2m:O ald, ‘ﬂ—m_liz—m
d,2x+y—-1=0 2 1 -1
{—1;&2
= S m=2.
m=2m-2
A \ X1 s oas 2 \ x=2-3t <
Ciu 11: Tim m dé€ hai duong thang d, :2x-3y+4=0 va d,: cat nhau.
y=1-4mt
1 1 1
A, m#——. B. m=#2. C. m#—. D. m=—.
2 2 2

d :2x-3y+4=0 i = (2:-3)
n=(2;— _ -
x=2-3% — Ql ﬂﬁd—)ﬂ#jam#l.ChgnC
d,: i, = (4m;=3) 2 3 2
yv=1-4mt

Cau 12: V6i gia tri ndo cla ¢ thi hai duong thang

4 2xdpelo0vad, Al 5ng o6c voi nhau?

LLX — +1= va . vuon OC VO1 nhau?

! Y 2 y:3—(a+1)t g8

A. a=-2. B. a=2. C.a=-1. D.a=1.
Loi giai

d:2x-4y+1=0 = (1-2)
[x=-l+ar —>{’f‘_ ’ | — 2% 55, =0 a+l-2a=0=a=1.
2 y=3—(a+l)l nz_(a+ ,a)

Chgon D

Cau 13: Vi gia tri ndo cia m thi hai duong thing

x=-2+2t x=2+mt .
d : vad,: trung nhau?

9 -

y=-3t y=—6+(1—2m)t
1
A.m:E. B.m=-2. C.m=2. D. m#+2.
Loi giai
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x=-24+2t _
d: b —>u1=(2;—3) Aed,
= Sl 1—om e m=2.
P > A(2-6) e d,, @i, = (m;1-2m) 2 3
P y=-6+(1-2m)t ’ S
Chon C

Céu 14: Tim tit ca cac gia tri cia m dé hai duong thang

g x=2+4+2t
Yly=1+me

va d,:4x-3y+m=0 trung nhau.

4
A.m=-3 B. m=1. C.m=—. D.med
Loi giai
x=2+2t B
a4 S A edo = (2m)| ., [Ash [srm=0
y=l+mt =12 m<e g ©med.
“_n "=
d2:4x—3y+m:0_>g2:(3;4) 3 4
Chon D

3

Cau 15: V&i gia tri ndo cia m thi hai duong thing

d :2x+y+4-m=0 va d,:(m+3)x+y+2m—1=0 song song?
A. m=1. B. m=-1. C. m=2. D. m=3.
Loi giai
. d :2x+y=0
Véi m=4——

—d,Nd, #J——> loai m=4.
d,:Tx+y+7=0

Véi m+4 thi

{dl 2x+y+4-m=0

d]”dzém+3 _1
dy:(m+3)x+y-2m-1=0 ’

O — -1
—F 2m lc> " m=-1.
2 1 4-m
Chon B

=
m+ -5

Cau 16: Tim tat ca cac gia tri cia m dé hai duong thang

A, :2x=3my+10=0 va A, :mx+4y+1=0 cat nhau.

A. 1<m<10. B. m=1. C. Khoéng c6 m . D. V6imoi m.
Loi giai
0y X Fa=0 0 (thoal madn)
m=0— —>m= 0]
{A1:2x—3my+10=0_) A,:4y+1=0 Chon D
A, :mx+4y+1=0 _ |
2 m % 0 —Aind=H ,3# 3

m &S Vm#0
m 4
Céu 17: Vi gia tri ndo cua m thi hai duong thang
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A imx+y—19=0va A, :(m—1)x+(m+1)y—20=0 vudng goc?
A. V6&imoi m . B.m=2. C.Khong c6 m . D. m=+1.
Loi giai

A imx+y—19=0— 7, =(m;1)
Taco:
A, :(m—l)x+(m+l)y—20:0—>ﬁ2 z(m—l;m+1)

ALLA, m(m_1)+1(m+1):0<:>me®.

Céu 18: Vi gia tri ndo ctua m thi hai duong thang

d :3mx+2y+6=0 va d, :(m2+2)x+2my+6=0 cat nhau?

A. m#-—1. B. m#1. C. meR. D.m#1va m#-1.
d, 3mx+2y+6=0—7,=(3m;2)
Ta co:
dy:(m* +2)x+2my+6=0—>ii, = (m’ +2;2m)

d:y+3=0
sz—){ 1Y — m = 0(thoal madn )
%

d,:x+y+3=0 . Chon D
2
g otz ML M
3m 2
Cau 19: V&i gia tri ndo cia m thi hai duong thing
. x=2-3t R )
d :2x-3y-10=0va d,: vuong goc?
y=1-4mt
A.m:l. B.ng. C.mz—g. D.m:—é.
2 8 - 8 4
Loi giai
d1:2x—3y—10=0—>ﬁ1=(2;—3)
x=2-3t _
d,: —> i, =(4m;=3)
y=1-4mt
ﬂz—>2.4m+(—3).(—3)=0©m=—% Chon C
Céu 20: Vi gia tri ndo cia m thi hai duong thang
. x=1+2t
d :4x-3y+3m=0 va d,: trung nhau?
y=4+mt
A.m:—§. E.m=§. C.mz—i. D.mzi.
3 3 3 3

Loi gidi
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d,:4x—=3y+3m=0—> 7, =(4;,-3)

x=lva A(1;4) e d,, iiy = (m;~2)
: — A(1;4)ed,, ii, =(m;—
2ly=d4+me 2
Aed, 3m—-8=0 g
L EEN ) RN 8 <:>m:§.Ch(_)nB
_ m=—
4 -3 3

Cau 21: Vi gia tri ndo cia m thi hai duong thing
d 3mx+2y—-6=0 va d, :(m2 +2)x+2my—3=0 song song?

A.-m=1m=-1. B.med. C.m=2. D. m=-1.
Loi giai
d,:3mx+2y—6=0— 17, =(3m;2)
Ta co 5 R 5
d, :(m +2)x+2my—3:O—>n2 :(m +2;2m)

d:y-3=0 . o
m=0— g ein 3_0—>m:0(khoangthoaumaon)
— 2 LXF Iy TO= . Chon A.
2 —
m#O dludzﬁm +2:2—m#—3<:>m:i1
3m 2 -6

Céu 22: Vi gia tri ndo ctua m thi hai duong thang

x:8—(m+l)t
d, : va d,:mx+2y—14=0 song song?
y=10+¢

m=1
A|: . B. m=1. C.m=-2. D.med.

Loi gidi

—8—(m+1
d -{x (m)t_ J(s:10)ed, 7, = (1sm+1)

Ta co: y=10+¢
dy:mx+2y—14=0— 7, =(m;2)
Ae¢d,
i, =(1;1) K hoAna thoad mas 8m+6+0 .
p— m:
dd, m=0—> ﬁZ:(O'Z)% oangthoalmaon _ m0 <:{ . Chon A

’ m=—

m=1

m

Céu 23: Vi gia tri ndo cia m thi hai duong thang
d:(m=3)x+2y+m’—1=0 va d,:—x+my+m’ —2m+1=0 cit nhau?

m#1 {m;ﬁl
D.

A.m=#1. B. . C.m=#2. .
m#=2 m#2
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Loi giai
{dl :(m—3)x+2y+m2 -1=0

d,:—x+my+m’-2m+1=0

i d :-3x+2y-1=0 .
m=0—> — thoal madn

d, —x+1=0
—4od=M ? | . Chon B
m#O—)m—_3#£<:> mE
-1 m m#?2

Céu 24: Vi gia tri ndo cua m thi hai duong thang

x=m+2t . x=1+mt
A )t va A, : tring nhau?

y=1+(m2+1 y=m+t
A.Khong co m . B.m:? C. m=1. D. m=-3.
Loi gidi
xX=m+2t ,
A —>A(m;l)ed,, u, =(2;m" +1
1 J’=1+(m2+1)t (m:1)ed,. @, ( ) o Aed,
1742 ) 1
x=1+mt ~ T2
. (o 2 m o+l
A, '{y:m+t —> U, (m,l) _Chon C
m=1+mi m=1+m(1—m) m?—1=0
S l=m+t = = o m=1.
. (m=1)(m*+m+2)=0 " m-1=0
m+m-2=0

Céu 25: Tim toa do giao diém cua hai dudong thang 7x—3y+16=0 va x+10=0.
A. (~10;-18). B. (10;18). C. (~10;18). D. (10;-18).
Loi giai
d :Tx-3y+16=0 x=-10
= . Chon A
d,: x+10=0 y=-18

Cau 26: Tim toa d6 giao diém cua hai duong thang
_{x:—3+4t ‘ _{x:1+4t'
5t

. va -
y=2+5t y="7-5t
A. (1,7). B. (-3;2). C. (2;-3). D. (51).
Loi giai
x=-3+4¢
d : , , e | X=
y=2+5t “3+4r=1+4t t—t'=1 |t=1—>
, & , & y=7.Chon A
2+5t=T7-5t t+t'=1

f—
g x=1+4¢
Ply=7-5¢
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, =22+42t .
Cau 27: Cho hai duong thang d,:2x+3y—-19=0 va d, :{x S50 5, Tim toa d¢ giao diém cua hai
y=55+
duong thang da cho.
A. (2;5). B. (10;25). C. (—1;7). D. (5;2).

Loi giai

d :2x+3y-19=0
x=22+21 %2(22+2z)+3(55+5r)—19=0@r:—10—>{
y=55+5t

x=2

y=35

9 -

Chon A
Ciau 28: Trong mit phing voi hé toa d6 Oxy, cho hai diém A(-2;0), B(1;4) va dudng thing

x=—t , )
d { . Tim toa d¢ giao diém cua dudng thang AB va d .

y=2-t
A. (2;0). B. (72;0). C. (0;2). D. (0;72).
Loi giai
A(—2;O), B(1;4)—>AB:4x—3y+8=0
_ g |Ax=3y+8=0 x=2
:{x— —>d:x-y+2=0 x-y+2=0 y=0
y=2-t
Chon B
x=-1+t¢

Cau 29: Xac dinh ¢ dé hai duong thang d, :ax+3y—4=0 va d, ;{ 343 cit nhau tai mot diém nam
y=3+

trén truc hoanh.

A.a=1. B. a=-1. C.a=2. D. a=-2.

Loi giai

x=-1+t¢ x=-2
OxNd, <> =S — Oxnd, = A(-2;0)ed,
y=3+3t=0 y=0

—>—2a-4=0<>a=-2. Chon D

. . . , x=2+t
Cau 30: Tim tat ca cac gia tri cia tham s6 m dé hai dudng thang d, : 4x+3my—m’ =0 va d, :{ Iy
y=6+

cit nhau tai mot diém thudc truc tung.
A. m=0 hoac m=-6. B. m=0 hoac m=2.
C. m=0hodc m=-2. D. m=0 hoac m=6.

Loi giai
x=2+t=0 x=0
Oynd, < =S —Oynd,=A4(0;2)ed,
y=6+2¢ y=2
<:>6m—m2:O©{ - . Chon D
m=6
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Cau 31: Cho ba duong thang d,:3x-2y+5=0, d,:2x+4y—-7=0, d,:3x+4y—1=0. Phuong trinh
dudng thing d di qua giao diém ctia d, va d,, vasong song voi d, la:
A. 24x+32y-53=0. B. 24x+32y+53=0.
C. 24x-32y+53=0. D. 24x-32y-53=0.

Loi giai
_ 3
d:3x-2y+5=0 |*7°%g ,
—>d nNd,=A4| ——;— |. Tacod
d,2x+4y-7=0 _31
16
Aed Aed 9 31 53
- >——+—+4+c=0c=——.
dl||dy:3x+4y—-1=0 d:3x+4y+c=0(c#—1)

Vay d:3x+4y—%=0(:)d3 :24x+32y-53=0. Chon A

Céu 32: Lap phuong trinh cta dudng thing A di qua giao diém cta hai dudng thing d:x+3y-1=0,
d,:x-=3y-5=0 va vudng goc voi duong thang d,:2x—-y+7=0.
A.3x+6y-5=0. B. 6x+12y-5=0.

C. 6x+12y+10=0. D. x+2y+10=0.
Loi giai

d:x+3y-1=0 |*73 2 ,
2 —>d nNd,=A4|3;——|. Taco
d,:x-3y-5=0 y=—§ 3

Aed Aed 2 5
- —34+2| ——|+c=0=c=——-.
dld :2x-y+7=0 d:x+2y+c=0 3 3

5
Vay d:x+2y—§:O<:>d:3x+6y—5=0.Ch9n A
Céu 33: Trong mit phang v6i hé toadd Oxy , cho ba dwong thang 1an luot c6 phuong trinh d :3x-4y+15=0
, dy:5x+2y—1=0 va d, :mx—(2m—1)y+9m—13=0. Tim tat c cdc gid trj ciia tham s6 m
dé ba duong thang di cho cung di qua mot diém.
A.mzl. B. m=-5. C.mz—l. D. m=5.
5 5 -
Loi giai
, |d, :3x—4y+15=0 x=-1
Ta co: =S —d nd,=A(-1;3)ed,
d,:5x+2y-1=0 y=3
—>-m—-6m+3+9m—-13=0< m=5. Chon D

Céu 34: Néu ba duong thing
d:2x+y-4=0,d,:5x-2y+3=0vad,:mx+3y—-2=0
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ddng quy thi m nhan gia tri nao sau day?

12 12

= B. - . C. 12. D. -12.
5 5
Loi gigi
5
d:2x+y-4=0 "9
! d O sdnd =4[220 cq,
d,:5x-2y+3=0 | 26 9’9

"9
—>5—m+§—2:0<:>m:—12. Chon D
9 3
Cau35: V6i gid tri ndo cia m thi ba duong thing d :3x—4y+15=0, d,:5x+2y—-1=0 va
d,:mx—4y+15=0 dong quy?
A m=-5. B. m=5. C.m=3. D. m=-3.
Loi giai
{d1:3x—4y+15:0

x=-1
= —>d nd,=A4(-1;3)ed
d,:5x+2y—-1=0

y=3
—>-m—-12+15=0< m=3. Chon C

Céu 36: Véigiatrindocua m thi ba duong thing d:2x+y—-1=0,d,:x+2y+1=0vad,:mx—y—-7=0

ddng quy?
A. m=-6. B. m=6. C.m=-5. D. m=5.
Loi giai

d:2x+y-1=0 [x=1
& —d nd,=A(l;-1)ed, &m+1-7=0=m=6.

d,:x+2y+1=0 y=-1

Chon B

Céiu 37: Duong thang d:51x—30y+11=0 di qua diém nao sau day?

A. M(—l;—ij. B. N(—l;ij. C. P(l;ij. D. Q(—l;—ij.
3 3 4 4

Loi giai
4
f(M)zf(—l;—gj:OaMed

4
Dat f(x;y)=51x-30y+11—> f(N)=f(—1;§j=—80#0—>N$d,

f(P)#0
1(0)#0

Chon A
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DANG 4. GOC CUA HAI PUONG THANG
Dang 4.1 Tinh géc ciia hai dwong thing cho truéc

Cau38: Tinh goc giita hai duong thing A:x—+/3y+2=0 va A:x+/3y—1=0.
A. 90°. B. 120°. C. 60°. D. 30°.
Loi giai

Chon C

Puong thing A c6 vecto phap tuyén n= (l; 3 ) , duong thang A’ co vecto phap tuyén

;;=(1;\/§).
Goi a 1a goc giita hai dudng thang A,A". cosa :‘cos(ﬁ ;’) :ﬁ:l:a =60".
' ’ Vi+34143 2
Céu 39: Goc giira hai dudng thing a:x/gx—y+7:0 va b:x—\/gy—I:OIé:
A. 30°. B. 90°. C. 60°. D. 45°.

Loi giai
Chon A
Puong thing a co vecto phéap tuyén la: ni = (\/5 ;= 1);

Puong thang b ¢6 vecto phap tuyén la: nj = (l;— B )

Ap dung cong thire tinh goc giira hai duong thang co:

o INB+(-1)(—3) 3

cos (a,b) = |ﬁ 57 = B Suy ra goc giita hai dudng thang bang 30°.
n|. .

n,

d:2x+5y=2=0 ., d,:3x=Ty+3=0

Céu 40: Cho hai dudng thing . Goc tao boi duong thang q va

4, bang

A. 30°. B. 135°. C. 45°. D. 60°.
Loi giai

Chon C

Puong thing d, :2x+5y—-2=0 c6 vecto phap tuyén m = (2;5) .
Pudng thing d, :3x—7y+3=0 c¢6 vecto phap tuyén n> =(3;-7).

Goc gitra hai duong thang dugc tinh bang cong thic

cos(a’l,a’z):‘cos(;zl,;zz):|jll'li2 = [23+5.(7) _2 _ 1
| n| VP as ey 29V2 2

= (dyid,) = 45"

Vay goc tao boi dudng thang d, va d, bang 45°.
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 41:

Cau 42:

Cau 43:

, x=2+t
Tim c6sin goc gitra hai duong thang A, :2x+y—-1=0 va A, :{ 1
y=1-
A Y9 B. > c.2. p. 210
10 10 5 10
Loi giai
Chon D

Vécto phap tuyén cta duong thing A, 13 » = (2;1) nén vécto chi phuong u = (1;-2)

Vécto chi phuong cia duong thang A, 13 o' = (,-1)

. SN Yo7 3 310
L e
) ) . x=2-t
Tim goc gifta hai duong thing A, :x—2y+15=0 va A, :{ ey (teR).
y:
A. 5. B. 60". C.0. D. 90°.

Loi giai
Chon D

Puong thing A, c6 VTPT 1a n, (1;-2) = 1VTCP(2;1)
Duong thing A,c6 1VTCP(-1;2).
Nhan xét: u,.u, =0=u, Lu, = A, LA, = (A,,A, )=90".

Tim cosin goc giita 2 duong thing d:x+2y-7=0,d,:2x-4y+9=0.

A= B. = c.l D.2.
NG NG 5 5
Loi giai
Chon D

Ta ¢6 viptna, =(1,2);viptna, =(2;—4)

e 12-24 3

cos(a’;d’)z =

Cau 44:

NN

|

Tinh goc gitta hai dudng thing A:x—x/§y+2 =OvdA':x+\/§y—l =07?
A. 90°. B. 120°. C. 60°. D. 30°.
Loi giai

Chon C

A ¢6 vecto phap tuyén 1a nT = (l; —\/5) . A" ¢6 vecto phap tuyén 1a nj = (1;\/3) .

Khi do:
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e I B 0 o I = I
] e (B) (V) VA2

Vay goc gitra hai dudng thang A, A' 1a 60°.

cos (A; A') = ‘cos(;{; nj)

Cau 45: Tinh goc tao boi giita hai duong thang
d:2x—y-10=0vad,:x-3y+9=0.

A. 30° B. 45°. C. 60°. D. 135°
Loi giai
Ta co
d:2x—y-10=0—>n =(2;-1 e 2.1+(-1).(-3
{ jreX =y #”1 ( ) o=(d;:d,) cosg = | +(2 )( )| 2 :%
dy:x=3y+9=0- 17, =(1;-3) \/22+(—1) .\/12+(—3) 2

—> @ =45".Chon B

Céu 46: Tinh goc tao boi gitta hai dudng thing
d:7x-3y+6=0vad,:2x-5y—-4=0.

A Z. B. Z. c. = p. 3%
— 4 3 3 4
Loi giai
Ta co
d:Tx=3y+6=0->7=(7:-3) . 14+15| 1 ~
——L12 5scos@p = =—=—>Qp=—.
d,:2x-5y—4=0->7, =(2-5) P4 2 04
Chon A
Ciu 47: Tinh goc tao boi giita hai dudng thing d, :2x+2\/§y+5 =0vad,:y-6=0.
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai
Ta co
d,:2x+ 2By +5=0-7 =(13) NEIN o
— ) N cos¢):—:——)¢=30.
d,:y-6=0.-7,=(0;1) VI+340+1 2
Chgn A

Ciu 48: Tinh goc tao boi giita hai dudng thing d x+ \/gy =0vad,:x+10=0.

A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai
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dy:x 43y =07 :(15\/5) o=(d;:dy) [1+0] 1
——L2 508 P = —————=—
d2:x+10=0—>ﬁ2=(l;0) NI+341+0 2
—> @ =60". Chon C
Céu 49: Tinh goc tao boi gitta hai dudong thing
. x=10-6¢
d :6x-5y+15=0vad,: .
y=1+5¢
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai
d :6x-5y+15=0—->n, :(6;—5)
x=10-6t _ > 7i, -7, = 0—22%) 55— 90", Chon D
) — 71, =(5;6)
y=1+5¢t

Cau 50: Cho dudng thang d, :x+2y—7=0 va d,:2x—4y+9=0. Tinh cosin cta goc tao boi giira hai

duong thiang di cho.
A -2, B. —. g.i. D. .
5 J5 5 J5
Loi giai
d x+2y-7=0—>mn=(1;2 , —
X Y n ( ) p=(dy;d,) >COSQ = |1 4| =§. Chgn C
dy:2x—4y+9=0—17,=(1;-2) VI+441+4 5

Céau 51: Cho duong thing d :x+2y—-2=0vad,:x—y=0.Tinh cosin ciia goc tao bdi giira hai dudng

thang d cho.
1 2
A-@- B.£. C.ﬁ. D.\3.
10 3 3
Loi giai
d:x+2y-2=0->7n=(1,2) .. 1-2] 1
‘/’___)(dl’dZ) COSQ@ = = . Chon A
{dzzx—y=0—>ﬁ2=(1;—1) a0
. =2+t
Cau 52: Cho duong thang d,:10x+5y-1=0 va d, :{x =g’ Tinh cosin cua goc tao bdi gifta hai
y=1=
duong thiang di cho.
NN 5 3 o 1o b 3
A= '3 "o "To”
Loi giai
d :10x+5y—1=0—17,=(2;1)
x=2+t o) 5 cosgp = [2+1 _ 3 . Chon A
2y o= () NZES I EE RN
y=1=
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x=15+12¢

Cau 53: Cho duong thang d, :3x+4y+1=0 va d, :{
y=1+5¢

Tinh cosin ctia goc tao boi gitta hai duong thiang da cho.

2 B. -2, c.2. p. 2.
65 65 65 65
Loi gidi

d:3x+4y+1=0—>n =(3;4

1 =9 -l 1548 33
x=15+12t _ ——2>Ccosp = =—.

d,: — i, =(5;-12) V9+16.4/25+144 65
y=1+5¢

Chon D

Dang 4.2 Viét phwong trinh dwong thing lién quan dén géc
x=9+at

.y (reR) va dudng thang
y=1=

Céu 54: Xéc dinh tit ca cac gia tri cua a dé goc tao bai dudng thing {
3x+4y—2=0 bang 45°.
A.a=1,a=-14. B a:%, a=—-14. C.a=-2,a=-14. D. a:%, a=14.
Loi giai
Chon B
Goi ¢ 1a goc giira hai dudng thing di cho.

x=9+at

.y (1 €R) c6 vecto chi phuong 1a i =(a;-2).
y=7-

Puong thang {

Dudng thang 3x+4y -2 =0 c6 vecto chi phuong la ¥V =(4;-3).

Ta ¢ cos —|cos(” \7)| &> c0s45° = 1 |4a+6|
o aF 2 sV ed

& 5Va +4 =+2|4a+6| & 254> +100 =324* +96a + 72

2
ST +96a-28=0< "7 .
a=-14

Cau 55: Duodng thang A di qua giao diém ciia hai duong thang d,:2x+y—3=0 va d, :x-2y+1=0

dong thoi tao v4i dudng thang d;:y—1=0 mot goc 45° ¢6 phuong trinh:

A. x+(1—\/§)y:0 hodac A:x—-y—-1=0. B. A:x+2y=0 hodc A:x-4y=0.
C.A:x—y=0 hoac A:x+y-2=0. D. A:2x+1=0 hodc y+5=0..
Loi giai
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d :2x+y-3=0 x=1
=3 —>d nd,=A(L1)eA.
d,:x=2y+1=0 y=1

Taco d,:y-1=0—>n, =(O;l),g(_)i N =(a;b), ¢=(A;d3). Khi @6

|b| 22 op? a=b—>a=b=1>A:x+y-2=0
_COS <a +b = f— .
?= Va2 +b2 A0 +1 a=-b—a=,b=-1>A:x-y=0
Chon C

Céu 56: Trong mit phang voi hé toa d6 Oxy, ¢6 bao nhiéu duong thiang di qua diém A (2;0) va tao voi

truc hoanh mét goc 45°?
A. C6 duy nhit.

B.
C. Vo sb. D

2.
. Khong ton tai.
Loi gidi
Chon B
Cho duong thang d va mot diém 4. Khi do.
C6 duy nhat mot dudng thang di qua A song song hodc tring hodc vudng goc véi d.

C6 dung hai duong thang di qua A4 va tao v6i d mot goc 0° < e < 90",

Cau 57: Duong thiang A tao véi duong thing d : x+2y—6=0 mot goc 45°. Tim hé s6 goc k cua duong
thang A.

A. kzéhoéc k=-3. B. kzéhoéc k=3.

C. k:—é hoac k=-3.D. kz—% hoac k =3.
Loi giai

d:x+2y-6=0-—7i,=(12), goi ﬁA:(a;b)akAz—%. Taco

_ B |a+2b| 2 2 o2 )
= 0845 = <:>5(a +b) 24> +8ab +8b
\/_ Ja* +b* 5
1 1
=—=bok, =—
<30 -8ab-3h =0 a 3 A3, Chon A
a=3b—->k, =-3

Cau 58: Biét rang co dung hai gia tri cia tham s k dé duong thiang d:y =kx tao véi dudng thing
A:y=x mot goc 60°. Tong hai gia tri ciia k bang:
A. =8. B. 4. C. 1. D. -1.
Loi giai
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d:y=he—ii, =(k;~1) 1 C k) ) 2
- ——>—=c08S60" =————S k" +1=2k"+4k+2
Ary=x—>in, =(-1) 2 VK> +142

Sk 4k +1=0—500 g 4k =4
Chon B

Cau 59: Trong miat phing toa do Oxy, cho diém M (1;—1) va hai duong thiang co phwong trinh
(d)):x—y-1=0,(d,):2x+y-5=0. Goi 4 la giao diém cuia hai dudng thing trén. Biét rang
¢6 hai duong thang (d ) di qua M cit hai dudng thang trén 1an luot tai hai diém B,C sao cho
ABC 1a tam gidc c6 BC=3A4B c¢6 dang: ax+y+b=0 va cx+y+d=0, giad tri cua
T=a+b+c+dla
A. T=5. B.T=6. C.T=2. D. T=0.

Loi giai

Chon C

t (@2

1)

Toa do A(2;1)

. 1 3
Goi « la goc gitra hai duong thang (d,) va (d,), cosa =— = sina=——
() vi (&) coser=— >
Xét tam giac ABC ta co: 43 = ?C =sinC :L
sinC sin4 \/ﬁ

Goi B la goc giira hai duong thing (d) va (d,), suy ra: sin = ELENN cos 3 =

7o (1)

3
10
Gia st (d) 6 vec to phap tuyén la n(a;b)

a=b
a="7b

3 |2a +b| 3

NN NN

Vi a=b mot vec to phap tuyén n=(L;1)=d :x+y =0

Tu (1) taco: cos f= c>a2—8ab+b2=0<:{

Véi a=7b mét vec to phap tuyén n(7;1)=d:7x+y-6=0
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Cau 60:

Cau 61:

Vay: T=1+0+7-6=2
Trong mit phing voi hé toa dd Oxy , cho tam giac can ABC c6 canh ddy BC:x-3y—1=0, canh
bén AB:x-y-5=0. Duong thing AC di qua M(-4;1). Gia st toa do dinh C(m,n).Tinh

T=m+n.
A.T:E. B. T =-3. C.ng. D.T:—g.
9 - 5 5
Loi giai
Chon C

Goi n(a;b) véi (a® +b* = 0) 13 véc to phap tuyén cta AC, A
vécto n,(1;-3) 1a véc to phap tuyén ciia dudng thang BC,

n,(1;-1) la
véc to phap tuyén ciia dudng thing AB .

Ta co: cosB =cosC < cos(ﬁ,ni) =l cos(nj,ni) |

|n,n, | In,n, | la-3b] 11+3]

T T ioNat+b V1042

n,|.\n,

n

a=-b

2,/2(a” +b%) =|a-3b| < Ta” +6ab-b’ :0@{
Ta=0b

+Véi a=-b chon a=1,b=-1= n(1;-1) loai vi AC//AB
L b .2 81
+ Vo1 a:? chon a=1;6=7T=AC:x+7y-3=0.Di€m C=ACmBC:C(E;gj
Trong mit phang Oxy, cho hai dudng thing (d,):2x—y+5=0 va (d,):x+ y—3 =0 citnhau
tai 7. Phuong trinh duong thang di qua M (—2;0) cét (d,),(d,) tai 4 va B sao cho tam gidc
IAB cantai 4 c6 phuong trinh dang ax+by+2=0.Tinh T=a—5b.

A.T=-1. B. T=9. C.T=-9. D.T=11.
Loi gidi
Chon D
d
M
ds

Duong thing (d,),(d,) c6 véc to phap tuyén lan lugt la n = (2;-1), n, = (1,1).
Goi (A) la duong thang can tim c6 véc to phap tuyén la n= (a;b).

Géc gifra 2 dudng thang (d, ), (d,) va (A), (d,) xac dinh béi:

Page 19



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

cos(d,d,) n,.n, |2 1-1.1|
Y N RSSO e \/T)
P@ la-+b] la+b]
cos(A,d — = i
(Ady) = n. n, \/a +b° \/lz—l—l2 \/E.\/az—l—b2

Vi (A) ct (d,),(dz) tai 4 va B tao thanh tam gidc /4B cantai 4 nén

|a+b| 1
cos(d ,d,)=cos(A,d,) < = e 5la+bl=a* +b’
() eon() > A - Bl
a=-2b
&5(a+b) =a*+b* & 2d° +5ab+b =0 |
a=——
2

a=—2b:chon a=2=b=—1: phuong trinh duong thang la:
2(x+2)-y=0&2x—y+4=0 (L).

+a:—%b:ch()n a =1= b= —2: phuong trinh dudng thing la:
(x—|—2)—2y:O<:>x—2y—|—2:0 (T/m).DodéT:a—szl—S(—Z):ll.

DANG 5. KHOANG CACH
Dang 5.1 Tinh khodng cdch tiv 1 diém dén dwong thing cho truée

Ciu 62: Khoang cich tir diem A(1;1) dén duong thing 5x—12y-6=0 la

A. 13, B. -13. C. —1. D. 1
Loi giai
Chon D
Khoang c4ch tir diém 4(1;1) dén duong thang A:5x—12y—-6=0 1a
5.1-12.1-6
a2
52 +(-12)
Céu 63: Khoang cach tir diém M (5;—1) dén duong thang 3x+2y+13=0 la:
A. 24/13. B. 22 C. 26. D.ﬁ.
J13 2
Loi giai
Chon A
3. 5+2 +13
Khoang cach d = | | = 6 =24/13.
\3? +22 J13

Cau 64: Khoang cach tir diém M (1;—1) dén duong thang A:3x+y+4=0 la
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Cau 65:

Cau 66:

Cau 67:

Cau 68:

310

Al B. 7. c.2. D. 2410,
5 2
Loi gidi
Chon B

Khoang cach tir diém A (1;—1) dén duong thang A:3x+ y+4=0 la

d(M;A):|3.1—1+4|: 6 _3vio

NN T

Trong mit phang Oxy, khoang cach tir diém M (3;—4) dén duong thing A:3x-4y-1=0.

A. § B. ﬁ C. 2 D. —ﬁ
5 5 5 5
Loi giai
Chon B
3.3-4. —4 -1 24
Taco: d(M,A)= | - |
37 +(-4) 5
Khoang cach tir diém A(=3;2) dén duong thiang A: 3x-y+1=0 bang:
) p. 105 c. 1055, p. 1L
5 5 J10
Loi giai
Chon A
3 -2+1
Ta co d A; A | | J10.

Lo

Trong mit phing Oxy, khoang cach tir gbc toa 6 O dén dudng thing d :4x—3y+1=0 bang

A. 3. B. 4. C.1. Qg
Loi gidi
Chon D
Taco d(0,d)= |40 3O+1|
V4 +3

Mot duong tron cé tam /(3;—2) tiép xtc véi dudng thing A:x—5y+1=0. Hoéi ban kinh duong

tron bang bao nhiéu?

14 7
A —. B. —. C. ~26. D. 6.
T W26 13
Loi giai
Chon A
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_ |3—5.(—2)+1| _ 14

Py V2

Goi ban kinh cta duong tron 1a R. Khi d6: R=d (1,A)

Ciu 69: Trong mit phangOxy, khoang cach  tudiém M (0;4) dén  duong  thang

A:xcosa+ysina +4(2—sina)=0 bang

A. 8. B. 4sino. . C. ;. D. 8.
CcoSsOL+ Sino.
Loi giai
Chon D
‘0. coso+4. sino+4(2 - sinoc)‘
Taco: d(M,A)= =8
\/cosza + sin*a

Ciu 70: Khoang cach tir 7(1;—2) dén duong thang A:3x—4y—26=0 bang

A. 3. B. 12. C.5. D.

W | W

Loi giai
Chon A
Khoang cach tir diém M (x,;y,) dén dudng thang A: ax+by+c=0 la:
|ax0 +by,+c
Ja> +b?
Vay khoang cach tir 7(1;—2) dén duong thang A :3x—4y—26=0 bang
3.1-4.(-2)—26] _ ;
3+ (-4)
Cau 71: Khoang cach tir giao diém ciia hai dudng thang x -3y +4 =0 va 2x+3y—1=0 dén duong thing

d(M,A) =

d(I,A) =

A:3x+y+4=0 bang:

A. 2410 B.@. g.@. D. 2.
Loi gidi
—3y+4=0 =-1 3+1+4
xIed=0 el iy s a(aa) =22 conc
2x+3y-1=0  |y=1 9+1 10

Céu 72: Trong mit phang v6i hé toa dd Oxy, cho tam gidc ABC ¢6 A(1;2), B(0;3) va C(4;0). Chiéu

cao cua tam giac ké tir dinh 4 bang:

At B. 3. C.—. D. 2.
5 25 5
Loi gisi
A(1;2) 3+8-12] 1
h,=d(4BC)="——r==—.
{3(0;3),C(4;0)—>BC:3x+4y—12:O_) o =d(4:5C) Jo+16 5
Chon A
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Céu 73: Trong mit phang v6i hé toa dd Oxy, cho tam gide ABC c6 A(3;-4), B(L;5) va C(3;1). Tinh

dién tich tam gidc ABC.
A. 10. B. 5. C. \26. D. 24/5.
Loi giai
A(3;-4) i
A(3;-4 BC =245
Cich 1: {B(I'S ) o BC=25 —>{ 5
(L,5),C(3:1) BC:2x4 y—7=0 h,=d(4;BC)=+5

=8 =%.2£.ﬁ =5. Chon B

2

Ciach2: S, .. =%\/ABZ.AC2 ~(4B-4c)

Céu 74: Khoang cach tir diém M (0;3) dén duong thang
A:xcosa+ysina+3(2-sina)=0 bing:

A. 6. B. 6. C. 3sina. D. ;
CoOSa +SInao
Loi gii
a(M;A) = |3sina +3(2—sina)| _ 6.Chon B

Jeos? a +sin a

. . , x=1+3¢t |
Cau 75: Khoang cach tir diém M (2;0) deén duong thang A :{ 5 ds bang:
y=<+
A2 5. 2 c. 1o p. 3
5 Js 2
Loi giai
AT Nax o3y 2205 d(M:A) B+0+2_ Chona
: > A:4x-3y+2=0—> ;A)=————==2. Chon
y=2+4t V16 +9
~ , , R VY £ Ay A £, 13 A \ 2 x=2+3t
Cau 76: Khoang cach nhod nhat tr diem M (15;1) dén mot diém bat ki thudc duong thang A: ,
y:
bang:
A. 10 B R C 16 D. /5
Loi giai
x=2+3t 15-3-2
A: —>A:x—3y—2:0M>MNmin:d(M;A):gzx/ﬁ.
y=ti V1+9
Chgn A

Cau 77: Tim tat ca céc gié tri ciia tham s0 m dé khoang cach tir diém A(-1;2) dén duong thang
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A:mx+y—m+4=0 bang 245.

m=-2 1
C.m=——. D. Khong ton tai m .

A. m=2. B.
2

1
m=—
2

Loi giai

d(4;A)= |_m+2;m+4| =235 & |m=3|=5m* +1 = 4m* +6m—4=0
m”+1

m=-2

f—
m=

1 - Chon B
2
Cau 78: Tim tat ca cic gia tri cia tham s& m dé khoang cach tir giao diém cua hai duong thing

x=t : : )
dl:{ vad,:x—2y+m=0 dén goc toa do bang 2.

y=2—t
A. . B. . C. . D. .

m=2 m=-2 “ |lm=2 m=-2

Loi giai

x=t
a’lz{ {d1:x+y—2=0 {x=4—m

y=2-t - =

d,:x=2y+m=0 y=m-2

dy:x=2y+m=0

—)M(4—m;m—2)=dl Nd,.

e 2 2 X m
Khi do: OM =2 < (4-m) +(m-2) =4 m —6m+8:0<:{ . Chon C
m=

Chu 79: Duodng tron (C) c6 tim la gbc toa dd O(0;0) va tiép xtc véi duong thing A:8x+6y+100=0
.Ban kinh R cuia dudng tron (C) bang:

A. R=4. B. R=6. C. R=8. D. R=10.
Loi giai
100

Chu 80: Duodng tron (C) c6 tm 7(-2;-2) va tiép xtc véi dudng thang A:5x+12y—10=0. Ban kinh
R cia duong tron (C) béng:

A R=D B. R=22. C. R=44. D. R=-.
13 13 13
Loi giai
~10-24-10
de([;A)zQ:ﬁ. Chon A

V25+144 13

Cau8l: Cho dudng thang d:21x—11y—10=0. Trong céc diem M (21;-3), N(0;4), P(~19;5) va
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O(1;5) diém nao gan duong thing d nhét?

A. M. B. N. C.P. D. 0.
Loi giai
f(M(21;-3)) = 464
f(N(0;4))=54
y)=[1x=11y-10 C
S(xy)=Plx=tly=10> f(P(-19;5)) =464 fent
£(0(1;5)) =44

Chu 82: Cho dudng thing d:7x+10y—15=0. Trong cac diém M (1;-3), N(0;4), P(-19;5) va
O(1;5) diém nao cach xa dudng thing d nhat?

A. M. B. N. C.P. D. Q.
Loi giai
f(M(1-3))=38
f(N(0:4))=25
y)= 10y -1 .
f(xy)=[1x+10y-15] > £(P(-19:5)) =98 Chon C
f(0(15))=42

Céu 83: Khoang cach gitta hai dudng thing song song
A :6x—8y+3=0va A,:3x—4y—6=0 bang:

A.l. B.E. C.2. D.é.
2 -2 2
Loi giai
A(2;0)eA 12+3
(20)€4, —)d(Al;Az):d(A;Al):uzi. Chon B
A, A, :6x—=8y+3=0 NJ100 2
. . . xX=-2+t
Cau 84: Tinh khoang cach giira hai duong thang d : 7x+y—-3=0 va A:{ 5 7"
y=4-
2
NEES B.15. c.o. b. L
2 J50
Loi giai

A(-2:2) €A, i, =(7:1)
d:Tx+y-3=0-1n,=(71)

~14+2-3 3
SAMd—>d(d;A)=d(4:d =|—=—. Chon A
(d:4)=d (4:d) === == Che

Cau 85: Khoang cach giira hai dudng thing song song
d :6x—8y—101=0 va d, :3x—4y=0 bang:
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A. 10,1. B. 1,01. C. 101. D. 101.
Loi gidi
A(4;3)ed 24-24-101
(4:3)<d, —)d(dl;dz):g:ﬂzlo,l.ChgnA
d, | d :6x—8y—-101=0 V100 10

Dang 5.2 Phwong trinh dwong thing lién quan dén khodng cdch

Chu 86: Cho hai diém 4(3;1), B(4;0). Dudng thang nao sau day cach déu 4 va B?

Cau 87:

A. 2x+2y-3=0. B. 2x-2y—-3=0. C. x+2y-3=0. D. 2x+2y—-3=0.
Loi giai

Chon D

Goi d la dudng thang dugc cho trong cac phuong an. Khi dé:

+) Phuong 4n A.
|23+21 q [-2.4+2.0-3]
d(B d)=

J(=2) +2° (-2) +22 2\/—

Loai phuong an

d(A4,d)#d(B,d).

+) Phuong 4n B.
|2 3-2.1- 3| 2.4-2.0-3|
d(B d)=

5
22 ) 22+ (-2) 22

Loai phuong an

d(4,d)= = d(4,d)#d(B,d).

+) Phuong an C.

a(aa) P22 g gy 203 Ly s a(B.a)
o2 5 Jr 42 \/5 ’ o
Loai phuong &n  C.
+) Phuong 4n D.
23+2.1-3 2.4+2.0-3|
d(A.d ;d(B,d =d(A4,d)=d(B.,d
()= E == s (8.4) Ty 2= ) =dsa)

Chon phuong an  D.

Trong mit phiang v6i hé toa dd Oxy, cho hai diém 4 (2;3) va B(1;4). Buong thang nao sau day
cach déu hai diém A va B?
A . x—y+2=0. B. x+2y=0. C.2x-2y+10=0. D.x-y+100=0.

Loi giai

Puong thang cach déu hai diém A4, Bthi duong thing d6 hoic song song voi AB , hodc di qua trung

diém I cua doan AB.
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37

A(2; I(—;—j

Ta co: —<: \2 2 — AB||d:x—y—-2=0. Chon A

B(1;4 — _
ABz(—l;l)—)nAgz(l;l)

Céu 88: Trong mat phiang véi hé toa 46 Oxy, cho ba diém A(0;1), B(12;5) va C(-3;0). Puong thang
nao sau day cach déu ba diém 4, B va C.
A. x-3y+4=0. B. —x+y+10=0. C.x+y=0. D. S5x—y+1=0.
Loi giai
D@ thiy ba diém 4, B, C thang hang nén dudng thing cach diéu 4, B, C khi va chi khi chiing song

song hodc trung voi AB .
Taco: AB=(12;4) i, =(1;-3) > AB||d :x—3y+4=0. Chon A

Cau 89: Trong mit phing véi hé toa dd Oxy, cho hai diém A(L;1), B(-2;4) va duong thang

A:mx—y+3=0.Tim tit ca cic gia tri cia tham s6 m dé A cach déu hai diém 4, B.

m=1 m=-1 m=-1 m=2
A. . B. . C. . D. .
m=-2 m=2 — Im=1 m=-2

Loi giai

15
Goi I 1a trung diém doan AB — ( 2 2j
AB=(-3;3)—>ii,, =(1;1)

Khi d6: A:mx—y+3=0 (i, =(m;—1)) cach déu 4,B

Slm -1 2 2

fea _m_3 3 {mzl
=

1 1 m=-1

Cau 90: DPuong thing A song song v6i duong thang d :3x—4y+1=0 va cich d mot khoang bang 1 ¢6
phuong trinh:
A.3x—4y+6=0 hoac 3x—4y—-4=0.
B. 3x—4y—-6=0 hodc 3x-4y+4=0.
C.3x—-4y+6=0 hoac 3x—-4y+4=0.
D. 3x-4y-6=0 hodac 3x-4y-4=0.

d:3x—4y+1=0—>M(1;1)ed
Alld >A:3x—4y+c=0 5

Chon A

Cau 91: Tap hop cac diém cach duong thing A:3x—4y+2=0 mot khoang bang 2 1a hai duong thing
c6 phuong trinh nao sau day?
A. 3x—4y+8=0 hodc 3x—-4y+12=0.
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Cau 92:

Cau 93:

B. 3x—4y—-8=0 hodc 3x—-4y+12=0.
C.3x—4y—-8=0 hoac 3x—-4y-12=0.
D. 3x-4y+8=0 hoac 3x-4y-12=0.

Loi giai

d(M(x;y);A)=

Bx—4y+2] 3x—4y+12=0
=2 . Chon B

5 3x-4y-8=0

Trong mit phing voi hé toa d6 Oxy, cho hai duong thing d :5x+3y-3=0 va
d, :5x+3y+7=0 song song nhau. Duong thang vira song song va cach déu véi d,d, la:

A. 5x+3y-2=0. B. 5x+3y+4=0.

C. 5x+3y+2=0. D. 5x+3y—-4=0.

Loi giai
Sx+3y-3| |5Sx+3y+7
d(M(x;y);dl):d(M(x;y);dZ)c> | al \/ﬁ | = | al \/% | & 5x+3y+2=0.
Chon C
Trén hé truc toa dd Oxy, cho hinh vuéng ABCD . Piém M thudc canh CD sao cho VC = ZIW

, N (0;2019) la trung diém cua canh BC, K la giao diém cua hai duong th'fmg AM va BD.
Biét duong thing AM c6 phuong trinh x—10y+2018 =0. Khoang cach tir gbc toa 40 O dén
dudng thang NK bang

20194101
A. 2019. B. 2019+/101 . c. 2018 p, 22VI0L
11 101
Loi giai

Chon D

Goi canh hinh vudng bang a. Do AABK ~ AMDK = MD _DK _1 = DK _

1
'AB KB 3 B 4

RN

TacoAM AD+ DM = AD+3DC A a B
NK = BK — Ev_iﬁ_lﬁ_3(37+%)_lﬁziﬁ+lj N
4 2 4 2 4 4 X

D M c

Tu va suyra AM.NK :ZAD.BC+ZBA.DC =0=AM L NK .

Vi AM 1 NK nén NK cé phuong trinh tong quat: 10x+y—2019=0.

-2019] 2019101

Jiesz 101

Khoang cach tir O dén NK 1a d(O,NK) =
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Cau 94:

Cau 95:

Cau 96:

Trong mit phang toa &6 Oxy, goi d 1a duong thang di qua M (4;2) vacach diém A(1;0) khoang
cach % Biét rang phuong trinh dudng thing d c6 dangx+by+c=0 véi b,c 13 hai sb

nguyén. Tinh b+c.
A. 4. B. 5. C. -1 D. -5.

Loi giai
Chon C

Tacd: M(4,2)ed ©4+2b+c=0=>c=—4-2b. (1)

3 |l+c| _3@ ) 5
d(A,d)—m— 0 < 10(1+¢)" =9(1+b7). (2)

b = —-3(tmdk)

Thay ¢ =—4-2b vao PT (2) ta dugc PT: 316° +120b+81=0 < 27
b= —H(ktmdk)

=>b=-3,c=2=b+c=-1..

Trong mit phang véi hé toa dd Oxy, cho duong thing A:x+ (m - 1) y+m=0 (m la tham s
bat ki) va diém A(5;1). Khoang cach 16n nhét tir diém 4 dén A béng

A. 2410 B. \10. C. 410. D. 3V10.
Loi giai
Chon A

x=-1

A:x+(m—1)y+m=0c>(y+1)m+x—y=OVmc>{

Suy ra A ludn di qua diém c6 dinh H (-1;-1).
Khi d6, v6i moi M €A, tacod d(A4;A)=AM< AH .
Gié tri 16n nhét cua d (4;A)= AH khi M = H = maxd (A4,A)= AH =210 .

Chuyén Lé Hf'ing Phong-Nam Dinh Puong théng 12x+5y =60 tao vdi hai truc toa do mdt tam

giac. Tong do dai cac duong cao cua tam giac do la

A.@. B.&. C.@. D. 20.
13 13 17
Loi giai
Chon B
Goi A, B lan luot 14 giao diém ctia duong thiang da cho véi Ox, Oy .

Tacd 12x+5y =60 <:>§+%=0. Do d6 A4(5;0), B(0;12).

Y S 5 L 12.0+5.0-60] 60
Goi H 1a hinh chiéu cia O 1én AB.Khi d6: OH =d (O; AB) = =—.
Ji22est 13

Tam giac OAB 1a tam giac vudng tai O nén tong do dai cac dudong cao la
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Cau 97:

DANG 6.
Chu 98:

OA+ OB+ OH :5+12+@:&.
13 13

Trén mit phang toa dd Oxy , cho cac diém A(1;-1) va B(3;4). Goi (d) 1a mot duong thang bat

ki luon di qua B. Khi khoang cach tir A dén dudng thang (d) dat gia tri 1on nhat, duong

thang (d) c6 phuong trinh nao dudi day?

A. x—y+1=0. B. 3x+4y=25. C.5x-2y-7=0. D. 2x+5y—-26=0.
Loi giai

Chon D

Goi H 14 hinh chiéu ctia diém A4 18n duong thang (d) . Khi do ta co:

d(A4,(d))=AH < 4B = \/(3—1)2 +(4+1)* =429 Do d6 khoang cach tir 4 dén dudng thing ()
dat gia trj 16n nhat bang <29 khi H =B hay (d) L 4B tai B.
Vivay (d) di qua B vanhan AB=(2;5) lam VTPT.

Do d6 phuong trinh cta dudng thang (d) 1a 2(x—3)+5(y-4)=0& 2x+5y-26=0.

XAC PINH PIEM
Cho dudng thing d :3x+5y—15=0. Trong cic diém sau day, diém nao khéng thudc dudng
thang d
A. M,(50). B. M,(-5:6). C. M,(0;3). D. M,(5;3).
Loi giai
Chon D

Thay toa do cac diém vao phuong trinh dudng thing d , ta co M M, M,ed va M,ed.

Dang 6.1 Xdc dinh toa hinh chiéu, diém déi xitng

Cau 99:

Trong mat phéng véi hé truc toa do Oxy, cho tam giac ABC c6 A(4;3) , B(2;7) , C(—3;—8) )

Toa d6 chan dudng cao ké tir dinh 4 xuéng canh BC la:

A. (—1;4). B. (1;—4). C. (1;4). D. (4;1).
Loi giai
Chon C
Phuong trinh dudng thang di qua hai diém B va C c6 dang; ;:;’ = )7}—12 S3x—y+1=0

Puong thiang di qua 4 va vudng goc véi BC ¢6 phuong trinh:
1(x—4)+3(y—3)=0 < x+3y-13=0

Toa d6 chan duong cao ké tir dinh 4 xubng canh BC 13 nghiém cua hé phuong

3x—y+1=0 x=1
= .
x+3y—-13=0 yv=4

trinh:
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Cau 100:

Cau 101:

Cau 102:

Cho dudng thang d :—3x+y—5=0 va diém M (—2;1). Toa do hinh chiéu vuong goc ctia M
trén d 1a
A. (Z,—ij B. (—z,ij C. (—Z;—ij. D. (—é,ij
575 5’5 575 7’5
Loi giai
Chon B

Goi A 1a duong thang di qua M va vudng goc véi d .
Ta c¢6 phuong trinh cua A la: x+3y—-1=0

Toa d6 hinh chiéu vuéng goc cia M trén d 1a nghiém cia hé phuong trinh:

7
Bx+y-5=0 |*" %
3y-1=0 4 -
x+3y—1= 4
4 5
Toa d¢ hinh chiéu vudng goc cua diem M (1;2)1én duong thing A:x—y=01a
A (22, B. (11). c. (2:2). p. (2,2
22 2 2
Loi giai
Chon A

Duong thing A ¢6 1 VIPT 1a n=(1;—1)nén A ¢ 1 VTCP la u =(1;1)

Goi H 14 hinh chiéu vuong goc cua M (1;2) 1én duong théng A,toado H (t;t)
) - o 3 33

Vi MHLA:MHLu:MH.u:O<:>t—1+t—2:0©t:5: H E;E

Trong mit phing toa dd Oxy, cho tam gidc ABC véi dinh A(2;4) , trong tam G[Z;%] . Biét

rang dinh B nam trén duong thing (d ) ¢6 phuong trinh x+ y+2 =0 vadinh C c6 hinh chiéu
vudng goc trén (d) 1a diém H(2;—4). Gia st B(a;b), khi d6 T=a—3b bing

A. T=4. B.T=-2. C.T=2. D.T=0.
Loi giai
Chon C
A
G
B Wi C
H

Goi M latrung diém cua canh BC. Ta co
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. xM—ZZ%(2—2)
AM == 4G &

2 3(2
_4=2|Z_4
Yu 2[3 ]
HM =(0;3) suyra HM khong vudng goc voi (d) nén B khong tring véi H.
B(a;b)e(d):>b:—a—2.

Tam giac BHC vudng tai H va CM 14 trung tuyén nén ta c6

,suyra M(2;-1).

. _h)2 2: 2 -
MB=MH & (a=2) +(a+1) =9 a’—a—-2 O@azz(z)
Suyra B(—1;—1)va T=a—-3b=2.

Cau 103: Trong mit phang toa dd Oxy, cho hinh chir nhat 4BCD c6 diém C thudc duong thang d:
2x+y+5=0 va diém A(-4;8). Goi M ddi xing v6i B quaC, diém N(5;—4) 1a hinh chiéu

vudng goc cia B 1én dudng thing MD . Biét toa d6 C(m;n), gia tri cia m—n 1a

A. 6. B. 6. C. 8. D. 7
Loi giai
Chon C
A B
D C
N
M

Goi C(t;-2t-5)e(d).

D@ thay hai tr giac BCND va ADNB ndi tiép.
{BNC = BDC

Suy ra

— ANC =90° < CN L AN .

BNA = BDA
Do do CN.AN =0 9(5-1)—12Q2t+1)=0 = 1 =1= C(1;-7).
Vay m—n=1+7=8
Dang 6.2 Xdc dinh diém lién quan dén yéu t6 khodng cdch, géc
CAu 104: Cho hai diém A(3;—1),B(0; 3) . Tim toa d6 diém M thudc Ox sao khoang cach tir M dén duong
thang AB bang 1.
A. MG;O) va M (1;0). B. M(\/E;O).

C. M (4;0). D. M (2;0).
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Loi giai
Chon A
Goi M (x;0).
Taco AB=(-3;4)

Phuong trinh dudng thing AB:4x+3(y—3)=O < 4x+3y-9=0.

d(M;AB)=|4x5—_9|<:>5=|4x—9|<:> e

X =

— N

Vay M[%;OJ;M(I;O).

Céu 105: Trong mit phing véi hé toa d6 Oxy, cho hai diém A(L;1), B(4;-3) va duong thing
d:x-2y—-1=0.Tim diém M thudc d cb toa do nguyén va thoa man khoang cach tir M dén
duong thang 4B bing 6.

27
A. M(3;7). B. M(7;3). C. M (-43;-27). D. M(?);_ﬁj'
Loi giai
Med:x—2y—1=0—)M(2m+l;m),meZ )
. Khi @6
AB:4x+3y-T7=0
18 +4+3m 7| m=3
6=d(M;AB)= 5 e|lim-3=30 < 27 1)—>M(7;3). Ch¢n B
m=—
11
~ - 2 1A N .2 P 2 x=2+2t .2
Cau 106: Trong mat phang véi hé toa dd Oxy, cho diém A(O;l) va dudng thang d : 344 . Tim diém
y=3+
M thudc d va cach 4 mot khoang bang 5, biét M c6 hoanh do am.
M (~4;4)
A. M (4:4). B. 24 2). C.M —ﬁ;—g . D. M(-44).
M(——;——] - 55
5 5
x=2+2t . ey
Med: -~ — M (2+26;3+1) v6i 2+2t <0< 1 <—1. Khi d6
y=3+
t=1(1)
2 2 ) 24 2
5=AM < (2t+2) +(1+2) =255 +12t-17=0 < 17 > M|~ ).
t=——
5
Chon C

Cau 107: Biét rang c6 dung hai diém thudc truc hoanh va cach duong thing A:2x— y+5=0 mot khoang
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bang 2+/5 . Tich hoanh d ctia hai diém d6 bing:

A - B. -2 c. -2, D. Pap s6 khéc.

= 4 4 4
Loi giai

Goi M (x;0) € Ox thi hoanh d9 cta hai diém d6 1a nghiém cua phuong trinh:

a8 =25 2 5| 2

J5 oI5

Céu 108: Trong mit phiang v6i hé toa dd Oxy, cho hai diém A(3;-1) va B(0;3). Tim diém M thudc truc

(54
3

hoanh sao cho khoang cach tir M dén dudng thing AB bang 1.

14
M(Z;Oj M(?’Oj M[—Z;O]
A. 2 ) . C. 2 .

) D.
M(I;O) M(%;Oj M(_I;O) M(—?;Oj
Loi giai
7 7
. _ =— M —,0
{M(LO) _>1=d(M;AB)=—|4x5 le*=27 (2 ] Chon A
AB:4x+3y-9=0 x—1—>M(1,0)

Céu 109: Trong mit phang v6i hé toa do Oxy, cho hai diém A(3;0) va B(0;—4). Tim diém M thudc
truc tung sao cho dién tich tam giac MAB bang 6.

M (0;0) M (0;0)
A. : B. M (0;-8). C. M(6;0). D.
M (0;-8) M (0;6
Loi giai
Ta co
AB:4x-3y-12=0
- 1 PBy+12]  [y=0->M(0;0)

AB =5 —>6=5,.==-3. = .

2 5 y=-8—M(0;,-8)
3y +12]

M(0;y)—> hy, =d(M;AB)=

Chon A
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PHUONG PHAP TOA PO
TRONG MAT PHANG

IX

CHUONG |

BAI 3. PUONG TRON TRONG MAT PHANG TQA PO

<0> LY THUYET.

1. PHUONG TRINH PUONG TRON
1.1.Dang 1: Phuong trinh dudng tron (C) ¢6 tdm (a;b) ban kinh R
Phuong trinh c6 dang : (x - a)2 + (y —b)2 =R’
1.2.Dang 2: Phuong trinh x* + y*> —2ax—2by+c¢ =0 véi a’ +b> —c >0 1a phuong trinh dudng
tron tm /(a;b) ban kinh R=va’+b*—c.
2. PHUONG TRINH TIEP TUYEN CUA PUONG TRON
2.1.Viét phuong trinh tiép tuyén (D) véi (C) tai diém M, (C)

M(x; y)

/ My(x,; Vo)

=y

: /
e Budc 1: Tim toa do tim 7 cua (C).
o Budc 2: Tiép tuyén (D) 1a duong thang di qua M, va co VIPT la M, I
(a=x,)(x=x,)+(b=¥,) (¥ =) =0
2.2. Viét phuong trinh tiép tuyén (D) véi (C) tai diém M, ¢(C)
e Budc 1: Tim toa d6 tm / va ban kinh R cua (C).
e Budc 2: (D) 1a duong thang di qua M, nén c6 dang a(x—x,)+b(y—y,)=0
e Buéc 3: (D) tiép xtic véi (C) < d (I;(D))=R (*). Giai (*) tim duoc méi lién hé
giita a &b . Chon a &b phu hop dé két luan.
2.3.Viét phuwong trinh tiép tuyén (D) véi (C) biét (D) song song v6i (D,): Ax+By+C =0

e Budc 1: Tim toa d6 tm / va ban kinh R cua (C).
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e Budc 2: (D) [| (D ) : Ax + By + C = 0 nén phuong trinh c6 dang
Ax+By+C'=0 (C'#C)
e Bu6ce 3: (D) tiép xtic véi (C) < d([;(D)) =R (*). Giai (*) tim dugc C' so voi dk
dé két lugn.
2.4. Viét phuong trinh tiép tuyén (D) véi (C) biét (D) vudng géc véi (D, ): Ax+By+C =0
e Budc 1: Tim toa do thm / va ban kinh R cua (C).
e Bu6c 2: (D)L (D,): Ax+ By +C =0nén phuong trinh c¢6 dang Bx— Ay +C'=0
e Budce 3: (D) tiép xtic véi (C) < d([;(D)) =R (*). Giai (*) tim dugc C' so voi dk
dé két luan.

2.5.Chuy:
+Sy twong giao ciia dwdng thing va duong tron

Cho dudng thang (D): Ax+ By +C =0 va duong tron (C):(x—a) +(y—b) =R co tam
I(a'b)
* (D) (C)={M;N} = d(L(D))<R
* (D) (€)={M} = d(1(D))
* (D)n(C) =B =d(1;(D))>R

+ Vi tri twong d6i ctia hai dwdng tron
Cho dudng tron (C,) 6 tam ;, ban kinh R, va duong tron (C,) c6 tm 7,, ban kinh R, . Gia

R

su R, >R, . Taco:
e Hai duong tron tiép xic < [,1, = |R1 iR2|

e Hai dudng tron cit nhau R, —R, <I,I, <R +R,

<‘> BAI TAP.

Cau 1. Tim tdm va tinh ban kinh cua dudng tron: (x+3)> +(y—3)* =36.
Céu 2. Hiy cho biét phuong trinh ndo dudi day 1a phuong trinh ctia mot duong tron va tim tdm, ban kinh
cua duong tron tuong Ung.
a) X+  +xy+4x-2=0;
b) x*+y° —2x—4y+5=0;
c) X’ + 1> +6x—8y+1=0.
Céau 3. Viét phuong trinh ctia duong tron trong mdi truong hop sau:
a) C6 tam /(—2;5) vabankinh R=7;
b) C6 tam 7(1;-2) va di qua diém A(-2;2);
¢) C6 dudng kinh 4B, v6i A(-1;-3),B(-3;5);
d) Cé tam 7(1;3) va tiép xtic v6i duong thang x+2y+3=0.
Céu 4. Trong mit phang toa do, cho tam giac ABC, v6i A (6; —2),B(4; 2), C(S; —5) . Viét phuong trinh
duong tron ngoai tiép tam giac do.
Cau 5. Cho duong tron (C) x4+ y° +2x—4y+4=0. Viét phuong trinh tiép tuyén d coa (C) tai diém
M (0;2) .
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Céu 6. Chuyén dong cia mot vat thé trong khoang thoi gian 180 phit dugc thé hién trong mit phing toa
do. Theo do, tai thoi diem ¢(0 <7 <180) vat thé & vi tri c6 toa dd (2+sint"; 4+ cost’).

a) Tim vi tri ban dau va vi tri két thuc cta vat thé.
b) Tim quy dao chuyén dong cua vat thé.

@ HE THONG BAI TAP.

DANG I: NHAN DANG PHUONG TRINH PUONG TRON. TIM TAM VA BAN KINH PUONG

TRON
<0> PHUONG PHAP.

Cich 1: + Pua phuong trinh vé dang: (C): x*+y?=2ax-2by+c=0 (1)

+ Xét dau bicu thic P=a”+b* —c

Néu P >0 thi (1) la phuong trinh dudng tron (C ) cotam [/ (a;b) va ban kinh
R=~a*+b*—c

Néu P <0 thi (1) khong phai 1a phuong trinh duong tron.

Cich 2: Pua phuong trinh vé dang: (x—a)* +(y—b)* =P (2).

Néu P >0 thi (2) 1a phuong trinh dudng tron c6 tdm 1 (a;b) va ban kinh R =+/P
Néu P <0 thi (2) khong phai 12 phuong trinh duong tron.

<¢> BAI TAP TU LUAN.

Cau 1: Trong cac phuong trinh sau, phuong trinh nao la phuong trinh duong tron? Tim tdm va ban kinh

néu co.
1) X’ +y*+2x—4y+9=0 (1) 2)x°+y’ —6x+4y+13=0 (2)
3)2x* +2y° —6x—4y—-1=0 (3) 4)2x* +y° +2x-3y+9=0 (4)

Cau2: Cho phuong trinh x*+y* —2mx—4(m—2)y+6-m=0 (1)
a) Tim diéu kién cia m dé (1) 1a phuong trinh duong tron.
b) Néu (1) 12 phuong trinh dudng tron hdy tim toa do tAm va ban kinh theo m
Cau3: Cho phuong trinh dudng cong (C,): x* +y* +(m+2)x—(m+4) y+m+1=0 (2)
a) Chung minh ring (2) 1a phwong trinh mot duong tron
b) Tim tap hop tim cac dudng tron khi m thay dbi
¢) Chimg minh rang khi m thay d6i ho cac duong tron (C,) luon di qua hai diém cé dinh.

<¢> BAI TAP TRAC NGHIEM.

Cau 1:  Phuong trinh nao sau day la phuong trinh cua duong tron?

(D) x*+y*—4x+15y-12=0.

(1) x* +y* =3x+4y+20=0.

(1) 2x* +2y° —4x+6y+1=0.

A. Chi (D). B. Chi (I). C. Chi (IID). D. Chi (I) va (IID).
Cau2: Dé x’+)* —ax—by+c=0(1) la phuong trinh dudng tron, didu kién can va du la
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A. a*+b*—c>0. B. ¢’ +b*—c>0. C.a’+b*-4c>0. D. a*+b*+4c>0.
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Caiu 3:

Cau 4:

Caiu 5:

Cau 6:

Cau 7:

Caiu 8:

Cau 9:

Cau 10:

Phuong trinh nao sau ddy 1a phuong trinh duong tron?

A X+ —x—y+9=0. B. X’ +y"—x=0.

C. x*+y*=2xy—1=0. D. x* —y*—2x+3y—-1=0.

Phuong trinh x* + y* —2(m+1)x —2(m+2)y +6m+7 =0 1a phuwong trinh duong tron khi va chi khi
A. m<O. B. m<1. C. m>1. D. m<—1 hoac m>1.

Cho duong cong (Cm ) x> +y* —8x+10y+m=0. Vi gia tri ndo cia m thi (Cm) la dudng tron
¢6 ban kinh bang 7 ?

A. m=4. B. m=8. C. m=-8. D. m=-4.

Puong tron 3x* +3y> —6x+9y—9 =0 c6 ban kinh bang bao nhiéu?

15 5
A, —. B. —. C. 25. D. V5.

2 2 Vs
Puong tron 2x* +2y* —8x+4y—1=0 c6 tam la diém nao sau day?
A. (-8:4). B. (2;-1). C. (8;-4). D. (-2:1).

Cho hai diém A(—2;1) , B (3;5). Tap hop diém M (x; y) nhin 4B dudi mot gbc vudng nam trén

dudng tron c¢6 phuong trinh la

A X" +y —x—6y-1=0. B. x’+y*+x+6y—1=0.

C. x*+y*+5x—4y+11=0. D. Pap an khac.

Cho hai diém A(—4;2) va B(2;-3). Tap hop diém M (x;y) thoéa min MA*>+MB* =31 ¢
phuong trinh 1a

A. X+ +2x+y+1=0. B. X’ +1°—6x-5y+1=0.
C.x’+y"—2x—-6y-22=0. D. x*+)* +2x+6y—-22=0.

Cho A(-10), B(2;4) va C(4;1). Chimg minh rang tip hop cdc diém M thod man
3MA* + MB* =2MC? 1a mdt duong tron (C). Tim tinh ban kinh cta (C).

A. —“1207. B. 5. c.?. D.?.

DANG 2: VIET PHUONG TRINH PUONG TRON

<0> PHUONG PHAP.

Cdch I: + Tim toa d6 tam [ (a;b) cua duong tron (C)

+ Tim ban kinh R ctia duong tron (C)

+ Viét phuong trinh cua (C) theo dang (x —a)* +(y—b)* = R*.

Cach 2: Gia sir phuong trinh duong tron (C) 1a: x* + y* —2ax—2by+c =0 (Hodc
X'+ +2ax+2by+c=0).

+ Tir diéu kién cua dé bai thanh 1ap hé phuong trinh voibaan laa, b, c.
+ Giai hé dé tim a, b, ¢ tir d6 tim dugc phuong trinh duong tron (C).

Chu y:

* Ae (C ) < IA=R

* (C) tiép xtic v6i dudng thang A tai A< [4=d(I;A)=R

* (C) tiép xtc vé6i hai duong thing A, va A, < d(1;A))=d(I;A,)=R
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<¢> BAI TAP TU LUAN.

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Viét phuong trinh duong tron trong mdi truong hop sau:

a) Co tém](l;—S) va di qua O(O;O).

b) Nhan 4B lam dudng kinh véi 4(L;1), B(7;5).

c) Di qua ba diém: M (-2;4), N(5;5), P(6;-2)

Viét phuong trinh dudng tron (C) trong cac trudng hop sau:

a) (C) c6 tm /(—1;2) va tiép xtc véi dudng thing A:x—2y+7=0

b) (C) di qua A(2;-1) va tiép xtic véi hai truc toa do Ox va Oy

¢) (C) c6 thm nam trén duong thang d : x—6y—10=0 va tiép xuc voi hai duong thang c6
phuong trinh d, :3x+4y+5=0va d,:4x-3y—-5=0

Cho hai diém A(8;0) va B(0;6).

a) Viét phuong trinh dudng tron ngoai tiép tam giac OAB

b) Viét phuong trinh dudng tron ndi tiép tam giac OAB

Trong mit phang toa @ Oxy, cho hai duong thang d, : Bx+ y=0.vad,: Px - y=0.Goi (C)

la dudng tron tiép xuc vo1 d, tai A, ct d, tai hai diém B, C sao cho tam giac ABC vuong tai B.

Viét phuong trinh cua (C), biét tam giac ABC c6 dién tich bing g va diém A c6 hoanh do

duong.

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Caiu 5:

Cau 6:

Puong tron tam 7(3;—-1) va ban kinh R =2 ¢6 phuong trinh la

A, (x+3)+(y-1)"=4. B. (x-3)+(y-1)°=4.

C. (x=3) +(y+1)* =4. D. (x+3)+(y+1)° =4.

Puong tron tdm (—1;2) va di qua diém M (2;1) ¢ phuong trinh 1a

A X+’ +2x-4y-5=0. B. x’+)° +2x-4y-3=0.
C.x’+y"—2x—-4y-5=0. D. X’ +)° +2x+4y-5=0.

Cho hai diém A(5;-1), B(-3;7) . Pudng tron c6 dudng kinh AB ¢6 phuong trinh 13
A x*+)y*=2x-6y-22=0. B. x*+1*=2x-6y+22=0.
C.x*+y*-2x—y+1=0. D. x*+)* +6x+5y+1=0.

Puong tron (C) tam (—4;3) va tiép xtic véi truc tung c6 phuong trinh 1a

A X+ —4x+3y+9=0. B. (x+4) +(y-3)’=16.

C. (x-4)’+(y+3)* =16. D. x*+ 1> +8x—6y—-12=0.
Puong tron (C) tim [(4; 3) va tiép xuc voi duongthing A:3x—4y+5=0 cd phuong trinh [a
A, (x+4)  +(y-3)7=1. B. (x—4) +(y-3)=1.

C. (x+4) +(y+3)° =1. D. (x—-4) +(y+3)* =1

Dudng tron (C) di qua diém 4(2;4) va tiép xtic véi cdc truc toa dd c6 phuong trinh 1a

A. (x=2)*+(y—2)* =4 hoic (x—10)’ +(y—10)> =100
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Caiu 8:

Cau 9:

Cau 10:

Cau 11:

B. (x+2)* +(y+2)* =4 hoic (x—10)* +(y—10)> =100

C. (x+2)*+(y+2)> =4 hoidc (x+10)* +(y+10)> =100

D. (x—2)’ +(y—2)’ =4 hoic (x+10)* +(y+10)* =100

Puong tron (C) di qua hai diém A(1;3), B(3;1) va c6 tim nam trén duong thang
d:2x—y+7=0 c6 phuong trinh la

A (x=7) +(y-7) =102. B. (x+7)+(y+7)° =164.

C. (x=3) +(y-5°=25. C. (x+3)+(y+5) =25.

Puong tron (C) tiép xtc voi truc tung tai diém A4(0;—2) va di qua diém B(4;-2) c6 phuong
trinh la

A (x=2) +(y+2) =4. B. (x+2)+(y-2) =4

C. (x=3)+(y-2)> =4 D. (x=3)+(y+2) =4

TAm ctia duong tron qua ba diém A(2;1), B(2; 5), C(-2; 1) thude duong thang cé phuong trinh
A. x—y+3=0. B. x—-y-3=0 C. x+y+3=0 D. x+y+3=0
Puong tron di qua 3 diém A4(0;2), B(2;2), C(1;1+~/2) c6 phuong trinh 1a

A X+ +2x+2y-2=0. B. x> +*—2x-2y=0.
C.x*+)*—2x-2y-2=0. D. ¥’ + )’ +2x—2y+2=0.

Dudng tron di qua 3 diém A4(11;8), B(13;8), C(14;7) c6 ban kinh R bang

A. 2. B. 1. C. 5. D. 2.

DANG 3: VI TRI TUONG POI CUA PIEM; PUONG THANG; PUONG TRON VOI PUONG TRON

<0> PHUONG PHAP.

1 Vi tri twong déi ciia diém M va dwong tron (C)

Xac dinh tam I va ban kinh R ctia duong tron (C) va tinh IM
+Néu IM <R suy ra M niam trong dudng tron

+Néu IM =R suy ra M thudc dudng tron

+Néu IM > R suy ra M nam ngoai duong tron

2 Vi tri twong doi giita dieong thang A va dweong tron (C)

Xéc dinh tdm I va ban kinh R cua duong tron (C) va tinh d (1 ; A)

+Néu d(I;A)<R suyra A cit dudng tron tai hai diém phén biét

+Néu d(I;A)=R suyra A tiép xtc véi duong tron

+Néu d(I;A)> R suyra A khong cit dudng tron

Chu y: S6 nghiém ctia hé phuong trinh tao boi phuong trinh duong thang A va dudng tron (C)
bang s6 giao diém cua chung. Toa d6 giao diém 1a nghiém cta hé.

3 Vi tri twong déi giita dwong tron (C) va dwong tron (C')

Xéc dinh tdm I, ban kinh R cta duong tron (C) va tam I', ban kinh R' ciia dudng tron (C') va
tinh /I', R+R',|[R—R/|

+Néu II'> R+ R' suy ra hai duong tron khong cit nhau va & ngoai nhau

+Néu II'= R+ R' suy ra hai duong tron tiép xtic ngoai v6i nhau

+Néu 1I'< |R -R '| suy ra hai dudng tron khong cat nhau va 10ng vao nhau
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+Néu II'= |R -R '| suy ra hai dudng tron tiép xtc trong voi nhau
+ Néu |R -R '| <II'< R+R' suy ra hai dudng tron cit nhau tai hai diém phan biét

Chii y: S6 nghiém cta hé phuong trinh tao béi phuong trinh duong thing (C) va dudng tron
(C") bang s giao diém cua ching. Toa d6 giao diém 1a nghiém cua hé.

<¢> BAI TAP TU LUAN.

Cau 1:

Cau 2:

Cau 3:

Cho duong thing A:x—y+1=0 va duong tron (C): x> +y* —4x+2y—-4=0

a) Chimg minh diém M (2;1) nim trong duong tron

b) Xét vi tri trong déi gitta A va (C)

¢) Viét phuong trinh dudng thang A' vudng goc voi A va cat dudng tron tai hai diém phan biét
sao cho khoang cach ctia chung 1a 16n nhét.

Trong mit phang Oxy, cho hai duong tron (C):x’+)°—2x-6y—15=0 va
(C'):x2 +y°—6x-2y-3=0

a) Chung minh riang hai duong tron cét nhau tai hai diém phan biét A, B

b) Viét phuong trinh duong thang di qua A va B

¢) Viét phuong trinh dudng tron di qua ba diém A, B va O

Cho duong tron (C): x* + y* —2x+4y—4=0 c6 tam I va dudng thing A:\/Ex+my+l—x/§= 0
a) Tim m dé duong thang A cit duong tron (C) tai hai diém phan biét A, B

b) Tim m dé dién tich tam giac Z4B 13 16n nhat

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Cho dudng tron (C): (x+1)* +(y—3)* =4 va duong thang d :3x—4y+5=0. Phuong trinh ciia
duodng thing d’ song song voi duong thing d va chén trén (C) mot day cung c6 do dai 16n nhét 1a
A. 4x+3y+13=0. B.3x—4y+25=0. C.3x—-4y+15=0. D. 4x+3y+20=0.
Tim toa do giao diém cua duong thang A:x—2y+3=0 vaduong tron(C): x> + y* —2x—-4y =0
A. (3;3) va (-L1). B. (—-1;1) va (3-3). C.(3;3) va (L1). D. (1) va (2;-1).
Cho duong tron (C): x> +y* —4x—6y+5=0. Puong thing d di qua A(3;2) va cit (C) theo

mot ddy cung ngan nhat c6 phuong trinh 1a

A. 2x—-y+2=0. B. x+y-1=0. C.x-y—-1=0. D. x—y+1=0.

Cho duodng tron (C): x> +y* +6x—2y+5=0 va duong thing d di qua diém A(—4;2), cit (C)
tai hai diém M, N sao cho A 1a trung diém cia MN . Phuong trinh ctia dudng thang d 1a

A. x—y+6=0. B. 7x-3y+34=0. C.7x-3y+30=0. D.7x-y+35=0.
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Cau 5:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cho duong tron (C): x> + y* —4x+6y—3=0. Ménh dé nao sau day ding?

(I) Piém A(1;1) nam ngoai (C).

(II) Piém O(0;0) nam trong (C).

(I) (C) cit tryc tung tai hai diém phan biét.

A. Chi (D). B. Chi (II). C. Chi (IID). D. Ca (1), (IT) va (1ID).
Cho duong tron (C):x* + y* —2x+6y+6=0 va duong thing d :4x—3y+5=0. Duong thing
d' song song v6i dudng thang d va chan trén (C) mot ddy cung c6 d6 dai bang 243 ¢ phuong

trinh la
A. 4x-3y+8=0. B. 4x-3y—-8=0 hodc 4x—-3y—18.
C. 4x-3y-8=0. D. 4x+3y+8=0.

Cho duong tron (C): x>+ y* +6x—2y+5=0 va duong thiang d di qua diém A(—4;2), cit (C)
tai hai diém M, N sao cho A 1a trung diém cia MN . Phuong trinh ciia duong thang d 1a
A. x—y+6=0. B. 7x-3y+34=0. C.7x-3y+30=0. D.7x—y+35=0.
Puong tron x” + y* —2x -2y —23=0 cit duong thang x + y—2 =0 theo mot diy cung c6 do dai

bang bao nhiéu?

A. 10. B. 8. C.6. D. 3\/2.
Tim giao diém 2 dudng tron (C,):x* + > —4=0va (C,): x> +)* —4x—4y+4=0
A. (V2:42) va (V2;+2). B. (0;2) va (0;-2).

C. (2;0) va (0;2). D. (2;0) va (-2;0).

Xéc dinh vi trf twong doi gifra 2 dudng tron (C,):x” + ) =4 va (C,): (x+10)* +(y—16)’ =1.
A. Cit nhau. B. Khéng cit nhau. C. Tiép xtic ngoai. D. Tiép xtc trong.

Vé6i nhitng gia tri nao ciia m thi duong thing A:4x+3y+m=0 tiép xuc véi dudng tron
(C):x*+y*-9=0.

A. m=-3. B.m=3vam=-3. C.m=3. D. m=15 va m=-15.
Mot dudng tron ¢ tam I(1;3) tiép xtic vi dudng thing A:3x+4y=0. Hoi ban kinh dudng
tron bang bao nhiéu?

A.%. B. 1. C. 3. D. 15.

Puong tron (x—a)* +(y—b)* = R*cit dudng thang x+ y—a—b=0 theo mot day cung co do

dai bang bao nhiéu?

A.2R. B. R\2. C.RTJE. D. R.

Xac dinh vj tri trong ddi gitra 2 duong tron (C,): x>+ y* —4x=0 va (C,):x* +y* +8y =0.

A. Tiép xtic trong, B. Khong cit nhau.  C. Cit nhau. D. Tiép xiic ngoai.
DPuong tron (C) c6 tam 1(=1;3) vy tiép xtc voi duong thang d :3x—4y+5=0 tai diém H co

toa dd la

A. (_l;_z . B. l’z . C. l;—z . D. _l;l .
5 5 55 5 5 55

Xac dinh vi tri tvong dbi gitra 2 dudng tron (Cl) Xy =4 va (Cz) ((x=3) +(y-4)Y =25.
A. Khéng cit nhau. B. Cit nhau. C. Tiép xuc ngoai. D. Tiép xuc trong.
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DANG 4: VIET PHUONG TRINH TIEP TUYEN VOI PUONG TRON

<0> PHUONG PHAP.

Cho dudng tron (C) tdm /(a;b), ban kinh R

1. Néu biét tiép diém 1a M (x,;,) thi tiép tuyén d6 di qua M va nhan vecto
IM (x, —a;y, —b) lam vecto phap tuyén nén c6 phuong trinh 1a

(% —a)(x=x,)+(r,=b)(y=3,) =0

2. Néu khong biét tiép diém thi dung diéu kién: Puong thing A tiép xuc dudng tron (C) khi va
chi khi d(I;A)=R dé xé4c dinh tiép tuyén.

<¢> BAI TAP TU LUAN.

Cau 1:

Cau 2:

Cau 3:

Cho dudng tron (C) c6 phuong trinh x* + y* —6x+2y+6 =0 va diém hai diém 4(1;-1); B(1;3)
a) Chtng minh ring diém A thudc dudng tron, diém B nam ngoai dudng tron

b) Viét phuong trinh tiép tuyén cua (C) tai diém A

¢) Viét phuong trinh tiép tuyén cua (C) ké tir ~ B.

Viét phuong trinh tiép tuyén A cia duong tron (C ) :x*+y* —4x+4y—1=0 trong truong

a) Puong thing A vudng goc véi duong thing A':2x+3y+4=0

b) Puong thing A hop véi truc hoanh mot goc 45°

Lap phuong trinh tiép tuyén chung cta hai dudng tron sau:

(Cl):x2 +y°—4y-5=0va (Cz):x2 +3°—6x+8y+16=0

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Cho dudng tron (C): (x—3)* +(y—1)* =10 . Phuong trinh tiép tuyén cia (C) tai diém A(4;4) la
A. x-3y+5=0. B. x+3y—-4=0. C. x-3y+16=0. D. x+3y-16=0.
Cho duodng tron (C):(x—2)*+(y—2)* =9. Phuong trinh tiép tuyén cua (C) di qua diém
A-5;1) 1a

A. x+y—4=0vax—y-2=0. B. x=5va y=-1.
C.2x-y-3=0va3x+2y-2=0. D.3x-2y-2=0va 2x+3y+5=0.

Cho duong tron (C): x>+ y> +2x—6y+5=0. Phuong trinh tiép tuyén cia (C) song song voi
duong thang D:x+2y—15=0 1a

A. x+2y=0va x+2y-10=0. B. x-2y=0va x+2y+10=0.
C.x+2y-1=0vax+2y-3=0. D. x-2y—-1=0va x-2y-3=0.

Cho duong tron (C): x>+ y* —6x+2y+5=0 va duong thing d : 2x+(m—-2)y—m—7=0. Voi
gid tri ndo ctia m thi d 1a tiép tuyén cua (C)?

A. m=3. B. m=15. C. m=13. D. m=3 hodc m=13.
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Caiu 5:

Cau 6:

Cau 7:

Cho duong tron (C) x4+ 7 —2x+8y—23=9 va diém M(8; —3). Do dai doan tiép tuyén cua
(C) xuét phat tr M 1a:

A. 10. B. 24/10. C. @ D. 10.

Néu duong tron (C) : (x—l)2 +(y—3)2 = R® tiép xtic voi duong thang d:5x+12y—60=0 thi
gia tri cua R la:

A. R=2\2. B.R:%. C. R=+5. D. R=V2.

Cho duodng tron (C):(x—3)2 +(y+1)2 =5. Phuong trinh tiép tuyén cua (C) song song véi
duong thing d : 2x+ y+7=01a

A. 2x+y=0;2x+y-10=0. B. 2x+y+1=0; 2x+y-1=0.
C.2x-y+10=0; 2x+y—-10=0. D. 2x+y=0;x+2y-10=0.
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PHUONG PHAP TOA PO
TRONG MAT PHANG

IX

CHUONG |

BAI 3. PUONG TRON TRONG MAT PHANG TQA PO

<0> LY THUYET.

1. PHUONG TRINH PUONG TRON
1.1.Dang 1: Phuong trinh dudng tron (C) ¢6 tdm (a;b) ban kinh R
Phuong trinh c6 dang : (x - a)2 + (y —b)2 =R’
1.2.Dang 2: Phuong trinh x° + y*> —2ax—2by+c¢ =0 véi a’ +b* —c >0 1a phuwong trinh dudng
tron tm /(a;b) ban kinh R=va’+b*—c.
2. PHUONG TRINH TIEP TUYEN CUA PUONG TRON
2.1.Viét phuong trinh tiép tuyén (D) véi (C) tai diém M, (C)

M(x; y)

/ My(x,; Vo)

=y

: /
e Budc 1: Tim toa do tim 7 cua (C).
o Budc 2: Tiép tuyén (D) 1a duong thang di qua M, va co VIPT la M, I
(a=x,)(x=x,)+(b=¥,) (¥ =) =0
2.2. Viét phuong trinh tiép tuyén (D) véi (C) tai diém M, ¢(C)
e Budc 1: Tim toa d6 tm / va ban kinh R cua (C).
e Budc 2: (D) 1a duong thang di qua M, nén c6 dang a(x—x,)+b(y—y,)=0
e Buéc 3: (D) tiép xtic véi (C) < d (I;(D))=R (*). Giai (*) tim duoc méi lién hé
giita a &b . Chon a &b phu hop dé két luan.
2.3.Viét phuwong trinh tiép tuyén (D) véi (C) biét (D) song song v6i (D,): Ax+By+C =0

e Budc 1: Tim toa d6 tm / va ban kinh R cua (C).
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e Budc 2: (D) [| (D ) : Ax + By + C = 0 nén phuong trinh c6 dang
Ax+By+C'=0 (C'#C)
e Bu6ce 3: (D) tiép xtic véi (C) < d([;(D)) =R (*). Giai (*) tim dugc C' so voi dk
dé két lugn.
2.4. Viét phuong trinh tiép tuyén (D) véi (C) biét (D) vudng géc véi (D, ): Ax+By+C =0
e Budc 1: Tim toa do thm / va ban kinh R cua (C).
e Bu6c 2: (D)L (D,): Ax+ By +C =0nén phuong trinh c¢6 dang Bx— Ay +C'=0
e Budce 3: (D) tiép xtic véi (C) < d([;(D)) =R (*). Giai (*) tim dugc C' so voi dk
dé két luan.

2.5.Chuy:
+Sy twong giao ciia dwdng thing va duong tron

Cho dudng thang (D): Ax+ By +C =0 va duong tron (C):(x—a) +(y—b) =R co tam
I(a'b)
* (D) (C)={M;N} = d(L(D))<R
* (D) (€)={M} = d(1(D))
* (D)n(C) =B =d(1;(D))>R

+ Vi tri twong d6i ctia hai dwdng tron
Cho dudng tron (C,) 6 tam ;, ban kinh R, va duong tron (C,) c6 tm 7,, ban kinh R, . Gia

R

su R, >R,.Taco:
e Hai duong tron tiép xic < [,1, = |R1 iR2|

e Hai dudng tron cit nhau R, —R, <I,I, <R +R,

<‘> BAI TAP.

Cau 1. Tim tAm va tinh ban kinh ctia duong tron: (x+3)° +(y-3)” =36.
Loi giai
Duong tron (x+3)° +(y—3)* =36 ¢6 tam la diém 7(-3;3), c6 bankinh R=6.

Céu 2. Hiy cho biét phuong trinh nao dudi day 1 phuong trinh ctia mot dudng tron va tim tim, ban kinh
cua dudng tron tuong Ung.
a) X+ > +xy+4x-2=0;
b) x> +y*—2x—4y+5=0;
¢) X+’ +6x—8y+1=0.

Loi giai
a)x” +y° +xy+4x—2 =0 khong phai la phuong trinh cia mot dudng tron vi cd xy.

b) X’ +)° -2x-4y+5=0& (x—l)2 +(y —2)2 =0 khong phai 1a phuong trinh ciia mgt duong

tronvi R=0.
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2 2 2 2 2. . 5 \ A
¢) X’ +)’ +6x—-8y+1=0< (x+3) +(y—4) = (2\/6) 1a phuong trinh cua duong tron tim
1(-3;4), bankinh R =26

Céu 3. Viét phuong trinh cta dudng tron trong moi trudng hop sau:
a) Co tam 7(-2;5) vabankinh R=7;
b) C6 tam 7(1;-2) va di qua diém A(-2;2);
¢) C6 dudng kinh 4B, véi A(—1;-3),B(-3;5);
d) C6 tam /(1;3) va tiép xtc voi duong thang x+2y+3=0.

Loi giai
a) Phuong trinh ctia duong tron la (x + 2)2 + (y - 5)2 =49.
b) Taco Al =(3;-4), ban kinh clia dudng tron 1a R =32 +(—4)" =5.
) , . N 2 2
Phuong trinh cua dudng tron 1a (x - 1) + (y + 2) =25.

c) Toa do trung diém 7 cua AB la I(-2;1). Taco Al = (—1;4).

Ban kinh cua duong tron 13 R :w/(—l)2 4> =17.

Phuong trinh cua dudng tron 1a (x + 2)2 + (x - 1)2 =17.

d) Cé tam /(1;3) va tiép xtc véi duong thang x+2y+3=0.

Khoang cach tir tim / dén dudng thang x+2y+3 =0 bang ban kinh R = H+23+3] =25.

NG

Phuong trinh duong tron tam / ban kinh R 1a
(x=1)"+(y-3)" =20.
Céu 4. Trong mit phang toa do, cho tam giac ABC, véi A (6; —2),B(4; 2), C(S; —5) . Viét phuong trinh
duong tron ngoai tiép tam giac do.
Loi giai
Goi phuong trinh dudng tron (C ) c6 dang x° +y> —2ax—2by +c =0.
Vi duong tron (C) di qua ba diém A(6; —2), B (4; 2) , C(S;—S) nén ta c6 hé phuong trinh
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62+(—2)2—2a.6—2b.(—2)+c:0 124+ 4b+c = —40 a=1
4> +2° -2a.4-2b2+c=0 &<-8a—4b+c=-20 <<b=-2
52 +(—5)2—2a.5—2b.(—5)+c:0 —10a+10b6 +c =-50 c =-20.

Vay phuong trinh duong tron (C) la: x* +y* —2x+4y-20=0.
Cau 5. Cho duong tron (C) :x” +y* +2x—4y+4=0. Viét phuong trinh tiép tuyén d coa (C) tai diém
M(O;Z).
Loi giai
Ta c6 dudng tron (C): x*+ 3> +2x—4y+4=0 < (x+1) +(y—2)" =1cd tim la diém
1(-12).
Do (O+1)2 +(2—2)2 =1 nén diém M thudc duong tron (C).

Tiép tuyén cua (C) tai M (0;2) c6 vecto phap tuyén MI =(~1;0), nén c6 phuong trinh

~1(x+1)+0(y-2)=0=x+1=0.
Céu 6. Chuyén dong cia mot vat thé trong khoang thoi gian 180 phit dugc thé hién trong mit phing toa
do. Theo do, tai thoi diem ¢(0<¢<180) vét thé & vi tri c6 toa dd (2+sins"; 4+ cost’).

a) Tim vi tri ban dau va vi tri két thic cta vat thé.
b) Tim quy dao chuyén dong cua vat thé.

Loi giai
a) Vi tri ban dau ctia vat thé tai thoi diém =0 c6 toa do M (2;5).
Vi tri két thiic ctia vat thé tai thoi diém £ =180 co toado M (2;3).
b) Quy dao chuyén do cua vat thé 1a cac diém M (x; y) thoa man

{“2”“” & (x=2) +(y—4) =1.

y=4+cost°

Viy quy dao chuyén d6 cua vt thé 1a dudng tron (C): (x—2)2 +(y—4)2 =1, cod tAm 1(2;4) ,
ban kinh R=1.

@ HE THONG BAI TAP.
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DANG 1: NHAN DANG PHUONG TRINH PUONG TRON. TIM TAM VA BAN KINH PUONG

<0> PHUONG PHAP.

TRON

Cach 1: + Bua phuong trinh vé dang: (C): x? —i—y2 —2ax-2by+c=0 (1)

+ Xét ddu bicu thirc P=a’ +b* —c

Néu P >0 thi (1) la phuong trinh dudng tron (C) c6 tam I (a;b) va bén kinh
R=Aa’ +b*-c

Néu P <0 thi (1) khong phai la phuong trinh dudng tron.

Cich 2: Pua phuong trinh vé dang: (x—a)> +(y—b)* =P (2).

Néu P> 0 thi (2) 1a phuong trinh dudng tron c6 tdm 1 (a;b) va ban kinh R =+/P

Néu P <0 thi (2) khong phai 13 phuong trinh duong tron.

<¢> BAI TAP TU LUAN.

Cau 1:

Trong cac phuong trinh sau, phuong trinh nao la phuong trinh duong tron? Tim tdm va ban kinh

néu co.
1) X*+y*+2x—4y+9=0 (1) )X+’ —6x+4y+13=0 (2)
3)2x* +2y° —6x—4y—-1=0 (3) 4)2x* +y° +2x-3y+9=0 (4)

Loi giai
1) Phuong trinh (1) ¢6 dang x* + y* —2ax—2by+c¢=0 véi a=-1; b=2; ¢=9
Tacd a’+b*—c=1+4-9<0
Vay phuong trinh (1) khong phai 1a phuong trinh duong tron.
2)Tacod: a” +b*—c=9+4-13=0

Suy ra phuong trinh (2) khong phai la phuong trinh dudng tron.

3) Ta co: (3)<:>x2+y2—3x—2y—%:0

2
Suy ra: P:a2+b2—c=(zj +12_(_lj:1_5>0
2 2 4

J15

Vay phuong trinh (3) 1a phuong trinh duong tron tam / (%, lj ban kinh R = -

4) Phuong trinh (4) khong phai 1a phuong trinh duong tron vi hé s6 cia x* va y* khac nhau.
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Cau2: Cho phuong trinh x* + —2mx—4(m —2)y+ 6-m=0 (1)
a) Tim diéu kién caa m dé (1) la phuong trinh dudng tron.
b) Néu (1) 1a phuong trinh dudng tron hiy tim toa do tAm va ban kinh theo m
Loi giai
a) Phuong trinh (1) 1a phuong trinh duong tron khi va chi khi @® +b* —c >0
Véia=m;b=2(m-2);c=6-m

m>2

Hay m2+4(m—2)2—6+m>0©5m2—15m+10>0<:>{ 1
m<

b) Vi didu kién trén thi duong tron ¢6 tam 1 (m;2(m —2)) va ban kinh: R =~/5m* —15m+10
Cau3:  Cho phuong trinh dudng cong (C,): x* +y* +(m+2)x—(m+4) y+m+1=0 (2)

a) Chung minh ring (2) 1a phuong trinh mot duong tron

b) Tim tap hop tim cac duong tron khi m thay doi

¢) Chimg minh ring khi m thay ddi ho cac duong tron (C,) luon di qua hai diém cb dinh.

Loi giai
2y 4\ +2) +4
) Taco a+b —c=[ -MFE) [mra) _, (mr2) +4
2 2 2
Suy ra (2) 1a phuong trinh duong tron voi moi m
m+2
X, == 5
b) Puong tron c6 tam I: suyra x;, +y,—1=0
m+4
Yr= )

Vay tap hop tim cac dudng tron 1a dudng thang A:x+y—1=0
c) Goi M (xo; yo) 1a diém cb dinh ma ho (C,) luén di qua.
Khi d6 ta co: x; + y; +(m+2)x,—(m+4)y,+m+1=0, Vm

<:>(x0—yo—l)m+x§+y02+2x0—4y0+l:0, Ym

Xo =Yy +1=0 x,=—1_ _ [x=1
S, = hoic
Xy +yy +2x,—-4y,+1=0 Y, =0 Vo=2

Vay ¢ hai diém c6 dinhma ho (C,,) ludn di qua véimeim1a M, (-1;0) va M, (1;2).

<¢> BAI TAP TRAC NGHIEM.
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Cau 1:

Phuong trinh nao sau ddy 1a phuong trinh ctia dudong tron?
(D) x*+y* —4x+15y-12=0.

(I) x*+y* -3x+4y+20=0.

(1) 2x* +2y° —4x+6y+1=0.

A. Chi (D). B. Chi (II). C. Chi (III). D. Chi (I) va (III).
Loi gidi
Chon D
2
(I)co: a*+b*—c :4+(%j +12 :% >0

2 2
(1) co: a2+b2—c:(%J +(i) _20:_%<0

2
2 1 U, 3 111
() x*+y —2x—3y+5=0,phu0’ngtr1nhnayco: a’+b>—c=1+ 5 _E:X>O
Vay chi (1) va (III') 1a phuong trinh dudng tron.
Pé x> +y* —ax—by+c=0(1) 1a phuong trinh duong tron, diéu kién can va du 1a
A.a*+b*—c>0. B. o’ +b*—c>0. C.a*+b*—4c>0. D.a’+b*+4c>0.
Loi gidi
Chon C
Ta co:

¥’ +y —ax—by+c=0 (1)

2 2 2 2
<X —2.£.x+(£j +y° —Z.Q.y-{éj —a——b—+c=0
2 2 2 2 4 4

aY bY & B
S|lx——= |+ y-——=| =—+—-c
2 2 4 4
2 2

Vay diéu kién dé (1) 1a phuong trinh dudng tron: “7 tme> 0= a’>+b*—4c¢>0

Phuong trinh nao sau day la phuong trinh duong tron?

A X+ —x—y+9=0. B. X’ +y*—x=0.

C. x> +y" =2xy-1=0. D. x*—y* -2x+3y-1=0.
Loi giai

Chon B

Loai C vi c¢6 s hang —2xy.
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Cau 4:

Caiu 5:

Ciu 6:

Cau 7:

1
CauA: a=b= 50 €= 9= a’ +b* —c <0 nén khong phai phuong trinh duong tron.
Cau D: loai vi ¢c6 —y”.
1
CauB: a =7 b=0,c=0=a’+b’ —c >0 nén la phuong trinh duong tron.

Phuong trinh x* + y* —2(m+1)x —2(m+2)y +6m+7 =0 1a phuwong trinh duong tron khi va chi khi

A. m<0. B. m<I1. C. m>1. D. m<—1 hoac m>1.
Loi gidi

Chon'D

Ta co:

x2+y2—2(m+1)x—2(m+2)y+6m+7=0 (1)
<:>x2—2(m+1)x+(m+1)2+y2—2(m+2)y+(m+2)2—(m+1)2—(m+2)2+6m+7=0
@[x—(m+1):|2+[y—(m+2)]2 =2m’ -2

m< -1

Vay diéu kién dé (1) 1a phuong trinh dudng tron: 2m?> -2 >0 < { .
m>

Cho duong cong (Cm):)c2 +3* —8x+10y+m=0. Vi gia tri ndo cia m thi (Cm) la dudng tron
¢6 ban kinh bang 7 ?
A. m=4. B. m=8. C. m=-8. D. m=-4.

Chon'C
Tacd) R=V4+5-m=T < m=-8.
DPuong tron 3x* +3y* —6x+9y—9 =0 c6 ban kinh bang bao nhiéu?
AD B. > C. 25. D. 5.
2 2
Loi giai
Chon B

3x° 43" —6x+9y-9=0 & x*+)y° —2x+3y-3=0.
3Y 25 5
Suy ra P=12+(EJ —(—3)=T>O.Véybénkinhlé: R=5.

Puong tron 2x* +2y* —8x+4y—1=0 c6 tim la diém nao sau day?
A. (-84). B. (2;-1). C. (8—4). D. (-21).
Loi giai

Chon B
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 8:

Cau 9:

Cau 10:

2x*+2y* —8x+4y—-1=0 ©x2+y2—4x+2y—%:O.
Vay tam la: 1(2;—1).

Cho hai diém A(-2;1), B(3;5). Tap hop diém M (x;y) nhin 4B duéi mot géc vudng ndm trén

duong tron c¢6 phuong trinh 1a

A x>+ —x-6y—-1=0. B. X’ +)* +x+6y-1=0.
C.x*+y" +5x—4y+11=0. D. Dép an khac.

Loi giai
Chon'A

Tép hop diém M (x;y) nhin 4B duéi mot goc vudng ndm trén dudng tron dudng kinh 4B va

tam 1a trung diém cta AB.

Toa d6 tdm duong tron 1a trung diém cua AB: I (%;3] .

AB N5 +4 41

Béan kinh duong tron: R=—= =
2 2 2

2
Phuong trinh dudng tron: (x—%j +(y—3)2=% SX+y —x—6y-1=0.

Cho hai diém A(-4;2) va B(2;-3). Tap hop diém M (x;y) théa min MA> +MB* =31 cb
phuong trinh 1a

A X’ +y +2x+y+1=0. B. X’ +1>—6x-5y+1=0.

C.x’+y"=2x—-6y-22=0. D. x*+)* +2x+6y—-22=0.
Loi giai

Chon A.

Ta c6: MA*> + MB* =31
o (x+4) +(y=2) +(x=2) +(y+3) =31 +)* +2x+y+1=0.

Cho A(-10), B(2;4) va C(4;1). Chimg minh rang tip hop cdc diém M thod man
3MA® + MB* =2MC? 1a mdt duong tron (C). Tim tinh ban kinh cta (C).

A. V107 B. 5. c. B p. 2.
2 2 4
Loi giai
Chon' A

2

3MA® + MB* =2MC? & 3(x+1) +3y +(x—-2) +(y—4) =2(x—4) +2(y-1)
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

V107

@x2+y2+9x—2y—%:O.Bénkinh cua (C) la: R=T.

DANG 2: VIET PHUONG TRINH PUONG TRON

<0> PHUONG PHAP.

Céch I: + Tim toa d0 tim I(a;b) ciia duong tron (C)
+ Tim ban kinh R ctia duong tron (C)
+ Viét phuong trinh ca (C) theo dang (x —a)* +(y—b)* = R*.

Cich 2: Gia sir phuong trinh duong tron (C) 1a: x> + y*> —2ax—2by+c =0 (Hoidc

x>+ +2ax+2by+c=0).

+ Tir diéu kién cua dé bai thanh 1ap hé phuong trinh voibaan laa, b, c.
+ Giai hé dé tim a, b, ¢ tir 46 tim dwoc phuong trinh dudng tron (C).
*4e(C)e=I4=R

* (C) tiép xtc v6i duong thang A tai A< IA=d(I;A)=R

* (C) tiép xtc vé6i hai duong thing A, va A, & d(1;A))=d(I;A,)=R

<¢> BAI TAP TU LUAN.

Cau 1:

Viét phuong trinh duong tron trong mdi truong hop sau:
a) Co tim I (1;—5) va di qua 0(0;0).
b) Nhan 4B lam dudng kinh v6i 4(1;1), B(7;5).
c) Di qua ba diém: M (-2;4), N(5;5), P(6;-2)
Loi giai

a) Puong tron can tim ¢6 ban kinh 12 OI =/1? + 5 =+/26 nén ¢6 phuong trinh 1a
(x—1) +(y+5)" =26

b) Goi I 1a trung diém cta doan AB suy ra /(4;3)

AL=\J(4-1) +(3-1)’ =413
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Puong tron can tim c6 duong kinh 13 4B suy ra n6 nhan 1 (4; 3) lam tdm va ban kinh
R = AI =13 nén c6 phuong trinh 1a (x—4)2 +(y—3)2 =13
¢) Goi phuong trinh duong tron (C) ¢6 dang 1a: x* + y> —2ax—2by+c¢=0 .

Do dudng tron di qua ba diém M, N, P nén ta c6 hé phuong trinh:

4+16+4a—-8b+c=0 a=2
25+25-10a-10b+c=0<=<b=1
36+4—-12a+4b+c=0 c=-20

Vay phuong trinh duong tron can tim 1a: x* + y* —4x-2y-20=0
Nhin xét: D6i v6i ¥ c) ta ¢ thé lam theo cach sau
Goi /(x;») vaR la tim va ban kinh dudng tron can tim

IM? =IN* | o
nén ta co hé

Vi IM =IN=IP <
IM? =[P’

{(x+2)2+(y—4)2 = (x5 +(y-5) @{x:2

(x+2) +(y—4) =(x-6) +(y+2) (¥=1
Viét phuong trinh dudng tron (C) trong cac truong hop sau:
a) (C) ¢6 tam /(—1;2) va tiép xtc voi dudng thing A:x—2y+7=0
b) (C) di qua A(2;-1) va tiép xtic véi hai truc toa dd Ox va Oy

¢) (C) c6 thm nam trén duong thang d : x—6y—10=0 va tiép xuc voi hai duong thang c6

phuong trinh d, :3x+4y+5=0va d,:4x-3y-5=0
Loi giai

a) Ban kinh duong tron (C) chinh 13 khodng cach tir I t6i dudng thing A nén

~1-4-7 2
rea(ra) =22

4
Vay phuong trinh duong tron (C) 1a: (x+ 1)2 +(y- 2)2 =3

b) Vi diém A nim & goc phﬁn tu tha tu va dudng tron tiép xuc voi hai truc toa do nén tam cua
duong tron ¢ dang I(R;—R) trong do R 1a ban kinh duong tron (C).

R=1

Taco: R* = I4* & R* =(2-R)’ +(-1+R)’ @R2—6R+5=0@[R_5

Viy ¢6 hai dudng tron thoa man dau bai 1a: (x—l)2 +(y+1)2 =1va (x—S)2 +(y+5)2 =25
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Cau 4:

¢) Vi dudng tron can tim c¢6 tim K nam trén duong thang d nén goi K (6a +10; a)

Mit khac duong tron tiép xtc voi d,, d, nén khoang cach tir tam I dén hai duong thang nay
bang nhau va bang ban kinh R suy ra
a=0
3(6a+10)+4a+5| [4(6a+10)—3a-5|

= & [22a+35|=21a+35| < ~70

5 5 a=
43

- Vé6i a=0 thi K(10;0) va R=7 suyra (C):(x-10)"+y* =49

2 2 2
-Véia=_—70thiK 2,_—70 va R=l suyra (C): x—E + y+m _[L
43 43" 43 43 43 43 43

Vay c6 hai duong tron théa man c6 phuong trinh la

(C):(x~10) +y* =49 va (c):(x—%jz +(y+1—(3)j2 =(%j2
Cho hai diém A4(8;0) va B(0;6).
a) Viét phuong trinh dudng tron ngoai tiép tam giac OAB
b) Viét phuong trinh duong tron ndi tiép tam gidc OAB
Loi giai

a) Ta c6 tam giac OAB vudng & O nén tdm I ctia duong tron ngoai tiép tam giac 1a trung diém

ciia canh huyén AB suy ra /(4;3) va Bankinh R=174= \/(8 ~4)’ +(0-3)" =5
Véy phuong trinh duong tron ngoai tiép tam giac OAB la: (x— 4)2 +(y —3)2 =25
b) Taco OA=8;, OB=6; AB=+/8 +6> =10

Mat khac %OA.OB = pr(vi cing bang dién tich tam giac ABC)

OA.OB

Suyra r = ———— =
OA+OB+ AB

D@ thay duong tron can tim c6 tdm thudc goc phan tu thir nhat va tiép xuc véi hai truc toa do
nén

tam cua dudng tron 6 toa do 1a (2;2)
Vay phuong trinh duong tron ndi tiép tam gidc OAB la: (x - 2)2 +(y— 2)2 =4

Trong mit phing toa 40 Oxy, cho hai dudng thing d : Bx+ y=0.vad,: x- y=0.Goi (C)

la duong tron tiép Xuc voi d, tai A, ct d, tai hai diém B, C sao cho tam giac ABC vudng tai
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B. Viét phuong trinh cua (C), biét tam giac ABC c6 dién tich bang g va diém A c6 hoanh

do duong.

Loi giai

Vi ded, :>A(a;—x/§a), a>0; B,Ced, :B(b;\/gb), C(c;\/gc)

Suy ra E(b—a;\/g(cﬂrb)), R‘(c—a;\/g(cdra))
Tam gidc ABC vudng tai B do d6 AC la duong kinh cta duong tron  C.

Do do AC Ld, = ACu; =0 ~1.(c—a)+V33(a+c)=0e2a+c=0 (1)

AB L d, = ABu, =0 1.(b—a)+3(a+b)=0<2b+a=0 (2)

1 ‘2\/761‘\/

) +3(c-b)’ & 2ale-b|=1(3)

B
T2

M3t khic S, :%d(A;d ).8C==
‘ - 3
Tur (1), (2) suy ra 2(c—b)=-3a thé vao (3) ta dugc a|-3a|=1<a =5

ts B - 26 (6 o 26,

\53) o AC

Suy ra (C) nhan / [—?; > la trung diém AC lam tam va ban kinh 1a R = EN =1

V3Y (. 3Y
Véy phuong trinh duong tron can tim 1 (C): [x - ?J + (x + —j =1.

<¢> BAI TAP TRAC NGHIEM.

Caul: Duong tron tdm /(3;—1) va ban kinh R =2 c6 phuong trinh la

A. (x+3)> +(y—1) =4. B. (x=3)’ +(y-1)=4.

C. (x=3)*+(y+1)* =4. D. (x+3) +(y+1)’ =4
Loi giai

Chon C.
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Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Phuong trinh dudng tron ¢6 tim 1(3;—1), bankinh R =2 la: (x—3)" +(y+1)’ =4
Puong tron tAm /(~1;2) va di qua diém M (2;1) ¢ phuong trinh 1a

A X+ +2x-4y-5=0. B. x’+)’° +2x-4y-3=0.

C. x2+y2—2x—4y—5=0. D. x2+y2+2x+4y—5=0.
Loi giai

Chon A.

Duong tron c6 tam 7(~1;2) va di qua M (2;1) thi c6 ban kinh la: R = IM = (3> +(-1)’ =+/10
Khi d6 c6 phuong trinh 1: (x+1)° +(y-2)" =10 & x> + y? +2x -4y —-5=0
Cho hai diém A(5;-1), B(-3;7). Puong tron c6 duong kinh AB ¢6 phuong trinh 13

A X"+ =2x—6y-22=0. B. x’+)° —2x—6y+22=0.

C. x*+y"—2x—y+1=0. D. X’ + )" +6x+5y+1=0.
Loi gidi

Chon A.

Tam / cua duong tron 14 trung diém AB nén [ (1;3) .

Bén kinh R =%AB =%\/(—3—5)2 +(7+1) =442

Vay phuong trinh duong tron 1a: (x—l)2 +(y—3)2 =32 x’+)y —2x-6y-22=0

DPuong tron (C) tam /(—4;3) va tiép xtic véi truc tung c¢6 phuong trinh 1a

A X+ —4x+3y+9=0. B. (x+4) +(y-3)° =16.

C. (x-4)’+(y+3)* =16. D. X’ +1y* +8x—6y—-12=0.
Loi giai

Chon B.

(C) tiép xtc véiy'Oy vaco tam I(—4;3) nén: a=-4,b=3,R= |a| =4,
Do d6, (C) c6 phuong trinh (x+ 4)2 +(y ~3)" =16.
Puong tron (C) tam (4; 3) va tiép xuc voi duongthang A:3x—4y+5 =0 cd phuong trinh Ia

A. (x+4)’ +(y-3) =1. B. (x—4)’ +(y-3)" =1.
C. (x+4)’+(y+3)° =1. D. (x-4)+(y+3)* =1
Loi giai
Chon B.
3.4-43+5
(C)co binkinh R—d(1,0) = LAZ43+3 _;

2

3’ +(—4)
Do d6, (C) c6 phuong trinh (x—4)*+(y-3)* =1.

Dudng tron (C) di qua diém 4(2;4) va tiép xtic véi cac truc toa dd c6 phuong trinh 1a
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Cau 7:

Cau 8:

Cau 9:

A. (x—2)*+(y—2)> =4 hoidc (x—10)* +(y—10)* =100
B. (x+2)* +(y+2)* =4 hoic (x—10)* +(y—10)> =100
C. (x+2)’ +(y+2)’ =4 hodc (x+10)” +(y+10)* =100
D. (x-2)*+(y-2)* =4 hodc (x+10)” +(y+10)> =100
Loi gidi

Chon A.
(C):(x—a)2 +(y—b)2 = R? tiép xtc v6i cac truc toa do nén |a| =|b|:R va diém
A(2;4) e(C)ndm trong géc phén tu thir nhat nén (a;b)cling & goe phan tu thir nhat. Suy ra
a=b=R.Vay (x—a)2 +(y—a)2 =a’ (C)
4e(C)=(2-a) +(4-a) =a* ©a*~12a+20=0
:[a:z :{(x2)2+(y2)2=4

(x=10)" +(y—10)" =100
Puong tron (C) di qua hai diém A(1;3), B(3;1) va c6 tim nam trén duong thang
d:2x—y+7=0 c6 phuong trinh la

A (x=7)+(y-7)" =102. B. (x+7)+(y+7)" =164.

C. (x=3) +(y-5>=25. C. (x+3)+(y+5) =25.
Loi giai

Chon B.

I(a;b)1a tam cua dudng tron (C), do do:
AI* =BI* = (a—1) +(b-3)" =(a—3)" +(b-1)’

Hay: a=b (1).Ma I(a;b)ed:2x—y+7=0nén2a-b+7=0 (2).
Thay (1) vao (2)tacod: a=-T7=>b=-T=R> = AI’ =164.
Vay (C):(x+7) +(y+7) =164,
Puong tron (C) tiép xtc véi truc tung tai diém A4(0;—2) va di qua diém B(4;-2) c6 phuong
trinh la
A (x=2) +(y+2) =4. B. (x+2)’+(y-2)*=4
C. (x-3)+(y-2)"=4D. (x-3)’+(y+2)° =4
Loi giai
Chon A.
Viy, =y, =-2nén 4B L y'Oy va 4B la duong kinh cta (C) Suy ra 1(2;—2) va ban kinh
R=14=2.Vay (C):(x-2) +(y+2)" =4.
Tam ctia duong tron qua ba diém 4(2;1), B(2;5), C(-2; 1) thude dudng thang co phuong trinh
A. x—y+3=0. B. x-y-3=0 C. x+y+3=0 D. x+y+3=0
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Cau 10:

Cau 11:

Loi giai
Chon A.

Phuong trinh (C) 6 dang: x* +y* —2ax—2by+c =0 (a’ +b* +¢>0). Tam I(a; b).

A(2;1)e(C 4+1-4a-2b+c=0 a=0
B(2;5)e(C) < 14+25-4a-10b+c=0<=:b=3=1(0; 3)
C(—2,1)G(C) 4+1+4a-2b+c=0 c=1

Lan luot thé toa dd 7 vao céc phuong trinh dé kiém tra.
Puong tron di qua 3 diém A4(0;2), B(2;2), C(I;1+ V2) c6 phuong trinh 1a

A X+ +2x42y-2=0. B. x>+ )*—2x-2y=0.

C.x +y"—2x-2y-2=0. D. x2+y2+2x—2y+\/§:0.
Loi giai

Chon B.

Goi phuong trinh duong tron can tim ¢6 dang: x* + y* —2ax—2by+c¢ =0 (a2 +b*—c> 0) .

Puong tron di qua 3 diém A(0;2), B(2;2), C(1;1+ J2)nén ta co:

4—4b+c=0 a=1
8—4a—-4b+c=0 < b=1

4+22-2a-2(142)p+c=0  (¢=0
Véy phuong trinh duong tron di qua 3 diém 4(0;2), B(2;2), C1;1++2) 1a
X+’ =2x-2y=0

Dudng tron di qua 3 diém A4(11;8), B(13;8), C(14;7) c6 ban kinh R bang
A. 2. B. 1. C. 5. D. 2.
Loi giai
Chon C.
Goi phuong trinh dudng tron can tim c6 dang:
x*+y* —2ax—2by+c=0 (a2 +b° —c>0).
Dudng tron di qua 3 diém A4(11;8), B(13;8), C(14;7)nén ta co:

121+64-22a—-16b+c=0 a=12
169+ 64—-26a—-16b+c=0<=b=6
196 +49—-28a—-14b+c =0 c=175

Taco R=+a*+b*-c =\/§
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Vay phuong trinh dudng tron di qua 3 diém A(l 1;8), B(13;8), C(14;7) cobankinhla R= \/g

DANG 3: VI TRI TUONG POI CUA PIEM; PUONG THANG; PUONG TRON VOI PUONG TRON

<0> PHUONG PHAP.

1 Vi tri twong déi ciia diém M va dwong tron (C)

Xéc dinh tdm I va ban kinh R cua duong tron (C) va tinh IM
+Néu IM < R suy ra M nam trong dudng tron

+Néu IM =R suy ra M thudc dudng tron

+Néu IM > R suy ra M nam ngoai duong tron

2 Vi tri twong déi giita dwong thang A va dwong tron (C)

Xéc dinh tdm I va ban kinh R cua duong tron (C) va tinh d (1 ; A)
+Néu d(I;A)<R suyra A cit dudng tron tai hai diém phén biét
+Néu d(I;A)=R suyra A tiép xtc v6i duong tron

+Néu d (1; A) >R suyra A khong cit dudng tron

Chu y: S6 nghiém ctia hé phuong trinh tao boi phuong trinh duong thang A va dudng tron (C)
bang s6 giao diém cua chung. Toa d6 giao diém 13 nghiém cta hé.

3 Vi tri twong doi gitka dwong tron (C) va duwong tron (C')

Xac dinh tam I, ban kinh R cua duong tron (C) va tam I', ban kinh R' ciia duong tron (C') va
tinh 7', R+R',[R—R|

+Néu II'> R+ R' suy ra hai duong tron khong cit nhau va & ngoai nhau

+Néu II'= R+ R' suy ra hai duong tron tiép xtic ngoai v6i nhau

+Néu 1I'< |R -R '| suy ra hai dudng tron khong cat nhau va 10ng vao nhau

+Néu II'= |R -R ‘| suy ra hai duong tron tiép xtc trong v6i nhau

+ Néu |R -R '| <II'< R+ R’ suy ra hai dudng tron cit nhau tai hai diém phan biét

Chii y: S6 nghiém cta hé phuong trinh tao béi phuong trinh duong thing (C) va dudng tron
(C") bang s giao diém cua ching. Toa d6 giao diém 1a nghiém cua hé.

<¢> BAI TAP TU LUAN.

Caul: Cho dudngthing A:x—y+1=0 vaduongtron (C):x* +)° —4x+2y-4=0

a) Chimng minh diém M (2; 1) nam trong dudng tron
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b) Xét vi tri trong déi gitta A va (C)

¢) Viét phuong trinh duong thing A' vudng goc voi A va cit duong tron tai hai diém phén biét
sao cho khoang cach ctia chung 1a 16n nhét.
Loi giai

a) Buong tron (C) ¢6 tam [(2;—1) va ban kinh R=3.

Tacd IM =J(2-2) +(1+1)’ =2<3=R do d6 M nim trong duong tron,

‘ 2+1+]] s S SR
b) Vi d(I;A) = = 2\/5 <3=R nén A cat (C) tai hai di€ém phan biét.
Vi+1
¢) Vi A' vudng goc v6i A va cat dudng tron tai hai diém phén biét sao cho khoang cach cua
chung 14 16n nhat nén A' vudng goc voi A va di qua tim I ciia duong tron (C).

Do d6 A' nhan vecto u, =(1;1) lam vecto phap tuyén suy ra A':1(x—2)+1(y+1)=0 hay
x+y—-1=0

Vay phuong trinh duong thang can tim1a A':x+y—1=0
Trong mit phang Oxy, cho hai duong tron (C):x’+)°—2x-6y—15=0 va
(C'):x2 +y°—6x-2y-3=0
a) Chung minh ring hai duong tron cét nhau tai hai diém phan biét A, B
b) Viét phuong trinh duong thang di qua A va B
¢) Viét phuong trinh dudng tron di qua ba diém A, B va O
Loi giai

a) Cach 1: (C) c6 tam I(1;3) vabankinh R=5, (C) ¢6 tam I'(3;1) va ban kinh R=+/13

'=\(3-1) +(1-3)’ =242
Ta thay |R1 - R2| <IlI, < |R1 + R2| suy ra hai duong tron cat nhau.
Cach 2: Xét h¢ phuong trinh

{xz+y2—2x—6y—15:0<:>{x2+y2—2x—6y—15=0

¥+ —6x—-2y-3=0 x—y-=3=0

y=-2
y=3

@{(y+3)2+y2—2(y+3)—6y—15=0<:>{y2—y—6=0<:> {
x=y+3

x:y+3 x=y+3

Suy ra hai duong tron cit nhau tai hai diém c6 toa do 1a 4(1;-2) va B(6;3)
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b) Puong thing di qua hai diém A, B nhan 4B (5;5) l1am vecto chi phuong suy ra phuong trinh
x=1+5¢

duong thang can tim 1a
y=-2+5t

¢) Cach 1: Pudng tron can tim (C") ¢6 dang x* + y* —2ax—2by+¢ =0

1+4-2a+4b+c=0
(C") di quabadiém A, BvaOnéntacohé {36+9—12a—6b+c=0<1b
c=0

S N|= |

o
I

Vay (C"): x> +y* =7x—y=0

Céach 2: Vi A, B 1a giao diém cua hai dudng tron (C) va (C') nén toa d6 déu théa man phuong
trinh

x*+y’ —2x—6y—15+m(x2 +y° —6x—2y—3) =0 (*)
Toa d¢ diém O théa man phuong trinh (*) khi va chi khi =15+ m.(-3)=0< m=-5
Khi d6 phuong trinh (*) tro thanh x* + > = 7x—y =0

Vay phuong trinh duong tron can tim 14 x* + y> —=7x—y =0

Cau3: Chodudngtron (C):x*+y? —2x+4y—4=0 c6 tim I va duong thing A :~2x+my+1-+/2 =0

a) Tim m dé duong thang A cit duong tron (C) tai hai diém phan biét A, B
b) Tim m dé dién tich tam giac Z4B 13 16n nhat

Loi giai

A

a) Buong tron (C) ¢6 tdm 7 (1;-2), ban kinh R =3
A cit (C) tai hai diém phan biét khi va chi khi

|\/§—2m+1—\/§| ;
N2+ m? )

& 5m” +5m+17 >0 (ding v6i moi m)

d(I;A)<R <

Page 19



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

b) Ta ¢6 S, =~ IA.IB.sin AIB = —sin AIB <—
IAB 2 2 2

Suy maxS,,, = % khi va chi khi sin A7B =1 <> AIB = 90"

Goi H 13 hinh chiéu ctia 1én A khi d6 AIH = 45" = IH = I4.cos 45" :%
a |1_2m| 3 2
Ta co d(];A)zIH@ =—<m +8m+16=0>m=—4
N2+m’ 2

Vay véi m =—4 thdéa man yéu cau bai toan.

<¢> BAI TAP TRAC NGHIEM.

Caul: Cho duong tron (C):(x+1)*+(y—3)* =4 va dudng thing d :3x—4y+5=0. Phuong trinh cia
duodng thang d’ song song véi duong thang d va chan trén (C) mot day cung c6 do dai 16n nhét 1a
A. 4x+3y+13=0. B.3x-4y+25=0. C.3x-4y+15=0. D.4x+3y+20=0.

Loi giai
Chon C.
(C) cotam I(-1;3) va R=2.d"//d = d':3x-4y+c=0.
Yéu cau bai toan c6 nghia la d’ qua tim I(—l; 3) cua (C), ticla: 3-124+c=0=c=1
Vay d':3x—4y+15=0.
Cau2: Tim toa do giao diém ciia dudng thing A:x—2y+3 =0 va dudng tron(C): x>+ y> —2x—4y =0
A. (3;3) va (-L1). B. (-1;1) va (3-3). C.(3;3) va (L;1). D. (2;1) va (2;-1).
Loi giai
Chon A.
Toa dd giao diém 1a nghiém cua hé phuong trinh sau
{x—2y+3:O {x=2y—3

=
Xy =2x-4y=0 " |(2y-3) +»*-2(2y-3)—4y=0

2—4 = :1 :3
& Y y+3 O<:> Y hoac Y
x=2y-3 x=-1 x=

Vay toa do giao diém 1a (3;3) va (-L1).

Cau3: Cho duong tron (C):x*+y* —4x—6y+5=0. Duong thing d di qua A(3;2) va cit (C) theo
mot day cung ngan nhit ¢ phuong trinh 1a
A. 2x—y+2=0. B. x+y-1=0. C.x—y-1=0. D. x—y+1=0.
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Cau 4:

Cau 5:

Loi giai

Chon C.

M\

f(xy)=x"+)y"—4x—-6y+5.
f(3;2)=9+4-12-12+5=-6<0.

Vay A(3; 2) O trong (C)
Day cung MN ngin nhat < [H 1én nhit < H = 4 < MN c6 vecto phéap tuyén 1a

ﬁz(l;—l). Vay d c¢o6 phuong trinh: 1(x-3)-1(y-2)=0< x—y—-1=0.

Cho duong tron (C): x>+ y* +6x—2y+5=0 va duong thiang d di qua diém A(—4;2), cit (C)
tai hai diém M, N sao cho A 1a trung diém cia MN . Phuong trinh cia duong thang d 1a
A. x—y+6=0. B. 7x-3y+34=0. C.7x-3y+30=0. D.7x-y+35=0.

Loi giai
Chon A.
(C) cotam 1(~3;1),R=~/5.Dod6, I4=~/2 <R=> 4 & trong (C).
A 1a trung diém ctia MN = I4 L MN = I4=(~1;1) 1 vecto phap tuyén clia d , nén d ¢6
phuong trinh: —1(x+4)+1(y+2)=0 <= x—-y+6=0.
Cho duong tron (C): x> + y* —4x+6y—3=0. Ménh d¢ nao sau day ding?
(D) Piém A(1;1) nim ngoai (C).
(I1) Biém O(0;0) nam trong (C).
(I) (C) cit tryc tung tai hai diém phan biét.
A. Chi (1). B. Chi (II). C. Chi (I1D). D. Ca (1), (IT) va (1),
Loi gidi
Chon D.

bat f()c;)/)=)62+y2 —-4x+6y-3

f(L1)=1+1-4+6-3=1>0= 4 ¢ ngoai (C).
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Ciu 6:

Cau 7:

Cau 8:

f(O;O):—3<O:>0(O; O)Gtrong (C)
x=0=> > +6y—3=0.Phuong trinh nay c6 hai nghiém, suy ra (C) cit y'Oy tai 2 diém.

Cho duong tron (C):x* + y* —2x+6y+6=0 va duong thing d :4x—3y+5=0. Duong thing
d' song song v6i dudng thiang d va chin trén (C) mot day cung c6 d6 dai bang 243 ¢6 phuong

trinh 1a
A. 4x-3y+8=0. B. 4x-3y—-8=0 hoac 4x-3y—18.
C.4x-3y-8=0. D. 4x+3y+8=0.

Loi giai

(C) cotam I(1;-3),R=2
d'll d = d’ c6 phuong trinh 4x—-3y+m=0(m#5).

Ve IH L MN = HM =3 = IH*=R*—~HM*>=4-3=1.

d(1,d")=IH < 41233+ =1<:>|m+13|=5<:>{m=_8
J16+9 m=-18.

d:4x-3y-8=0

d':4x-3y-18=0"

Cho duodng tron (C): x> +y* +6x—2y+5=0 va duong thing d di qua diém A(—4;2), cit (C)
tai hai diém M, N sao cho A 1a trung diém ctia MN . Phuong trinh ciia dudng thang d 1a

A. x—y+6=0. B. 7x-3y+34=0. C.7x-3y+30=0. D.7x—y+35=0.

Vay: {

Loi giai
Chon A.

(C) co tam 1(=3;1),R=~/5.Do d6, I4=/2 <R= 4 & trong (C).

A 1a trung diém ctia MN = I4 L MN = I4=(~1;1) 1a vecto phap tuyén clia d , nén d ¢6
phuong trinh: —1(x+4)+1(y+2) =0 x—y+6=0.

Puong tron x* + y* —2x -2y —23=0 cit duong thang x+ y—2 =0 theo mot diy cung c6 do dai
bang bao nhiéu?

A. 10. B. 8. C. 6. D. 34/2.

Loi giai

Page 22



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 9:

Cau 10:

Cau 11:

Chon A.
x_2+5\5 x_z—sﬁ
247 —2x—2y-23=0 [2x’—4x-23=0 |*° -
Gidi hé PT {x y mexmey @{x ¥ o 2 oy 2
x+y-2=0 y=2-x 2-5\2 2+52
y= y==

bo dai day cung 4B =10.

Tim giao diém 2 dudng tron (C,):x* + > —4=0va (C,): x> +)* —4x—4y+4=0

A. (V2:42) va (V2;+2). B. (0;2) va (0;-2).

C. (2;0) va (0;2). D. (2;0) va (=2;0).

Loi giai
Chon C.
*+y°—4=0 432 -4=0 437 —4=0
Giaihe PT {77 et T et o
x4+ —4x—-4y+4=0 4-4x-4y+4=0 x+y=2

X+(2-x)-4=0_|x¥+(2-x)-4=0 {xzo {x=2
= = hay .
y:2—x y:Z—x y:2 y:O

Vay giao diém 4(0;2), B(2;0).

Xéc dinh vi tri tuong ddi gifra 2 dudng tron (C,):x” + > =4 va (C,): (x+10)* +(y—16)* =1.

A. Cit nhau. B. Khong cit nhau.  C. Tiép xuc ngoai. D. Tiép xuc trong.
Loi giai

Chon B.

(C,) co tam va ban kinh: 7, =(0;0), R =2; (C,) c6 tdm va ban kinh: 7,(-10;16), R, =1;

khoang cach giita hai tim 7,1, =+/10% +16> =2+/89 > R, +R, .

Vay (C,) va (C,) khong c6 diém chung.

V6i nhing gia tri nao cia m thi dudng thing A:4x+3y+m=0 tiép xtc voi dudng tron
(C):x*+y*-9=0.

A. m=-3. B.m=3vam=-3.

C. m=3. D. m=15 va m=-15.
Loi giai

Chon D.

DPuong tron (C) ¢6 tdm va ban kinh 1a 7=(0;0), R=3.

, 15
A tiép xic(C) s d (1,A) = R s _3 5| ™
5 m=-15
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Cau 12:

Cau 13:

Cau 14:

Cau 15:

Mot duong tron cb taim [(1;3) tiép xuc voi dudng thing A:3x+4y=0. Hoi ban kinh duong

tron bang bao nhiéu?

A.%. B.1 C.3. D. 15.
Loi giai
Chon C.

3.1+3.4 3
NCEERE

Puong tron (x—a)’ +(y—b)* = R*cat duong thang x+y—a—b=0 theo mot day cung c6 do

yebt < R=d(I;A) =

dai bang bao nhiéu?

c B2

A. 2R. B. R\2. :

Loi giai
Chon A.

Vi duong tron c6 tim I(a;b), ban kinh R va tim [(a;b) thudc dudng thing
x+y—a—-b=0.

Nén d¢ dai cua day cung bang d6 dai duong kinh bang 2R .

Xac dinh vi tri trong ddi gitra 2 duong tron (C,): x>+ y* —4x=0 va (C,):x* +y* +8y =0.

A. Tiép xtic trong, B. Khong cit nhau.  C. Cit nhau. D. Tiép xiic ngoai.
Loi giai

Chon C.

Puong tron (C): x> +y* —4x =0 c6 tdm [,(2;0), ban kinh R, =2.

Puong tron (C,): x> +y* +8y =0 c6 tdm 7,(0;—4), ban kinh R, =4.

TacOR,—R <11, = 2.5 < R, + R, nén hai dudng tron cat nhau.

Buong tron (C) co6 tam 1(=1:3) v tiép xtc v6i duong thang d :3x—4y+5=0 tai diém H c6
toa do la
A. —l;—Z . B. l,z . C. l;—Z . D. —l;Z .
5 5 55 5 5 55
Loi giai
Chon B.

IH 1d=IH :4x+3y+c=0.Duong thang /H qua I(~1;3)nén
4(-1)+33+c=0<c=-5.Vay IH :4x+3y-5=0.
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3x—4y+5=0 B 5°5)

1
4x+3y-5=0 |*7 3
Giéihé:{x Y o 57:>H(l-1j

5

Cau 16: Xdc dinh vi tri tuong ddi gifra 2 dudng tron (C,): x> +y* =4 va (C,): (x=3)’ +(y—4)’ =25.

A. Khéng cit nhau. B. Cit nhau. C. Tiép xuc ngoai. D. Tiép xuc trong.
Huéng dan giai

Chon B.

Ta co: tam /,(0;0), /,(3;4), bankinh R =2, R, =5nén R,—R =3<[,=5<R,+R =7
nén 2 dudng tron trén cit nhau.
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DANG 4: VIET PHUONG TRINH TIEP TUYEN VOI PUONG TRON

<0> PHUONG PHAP.

Cho dudng tron (C) tdm /(a;b), ban kinh R

1. Néu biét tiép diém 1a M (x,;,) thi tiép tuyén d6 di qua M va nhan vecto
IM (x, —a;y, —b) lam vecto phap tuyén nén c6 phuong trinh 1a
(% —a)(x=x,)+ (3, =b)(y=2,)=0

2. Néu khong biét tiép diém thi dung diéu kién: Puong thing A tiép xtic dudng tron (C) khi va
chi khi d(I;A)=R dé x4c dinh tiép tuyén.

<¢> BAI TAP TU LUAN.

Cau 1:

Cau 2:

Cho dudng tron (C) ¢6 phuong trinh x* + y* —6x+2y+6 =0 vadiém hai diém A(1;-1); B(1;3)
a) Chirng minh rang diém A thudc duong tron, diém B nam ngoai dudng tron
b) Viét phuong trinh tiép tuyén cua (C) tai diém A
¢) Viét phuong trinh tiép tuyén cua (C) ké tir B.
Loi giai
Puong tron (C) ¢6 tam 1(3;—1) ban kinh R=~/3"+1-6 =2.
a)Taco: IA=2=R;IB= 225>R suy ra diém A thudc dudng tron va diém B nam ngoai
duodng tron
b) Tiép tuyén cta (C) tai diém A nhan 74 =(2;0) lam vecto phap tuyén nén c6 phuong trinh la
2(x—1)+0(y+1):0 hay x=1
b) Phuong trinh dudng thing A di qua B ¢6 dang:
a(x—1)+b(y-3)=0 (véi a* +b> #0) hay ax+by—a-3b=0
Puong thang A 1 tiép tuyén ciia duong tron < d (] ; A) =R

b=0
3b=4a

|3a—b—a—3b|
=
\/aerb2

=2 (a-2b) =a2+b2<:>3b2—4ab=0<:{

+Néu b=0, chon a =1 suy ra phuong trinh tiép tuyén 1a x=1.
+Néu 3b=4a,chon a =3, b=4 suy ra phuong trinh tiép tuyén 13 3x+4y—15=0
Vay qua A ké dugc hai tiép tuyén voi (C) c6 phuong trinh [a x=1 va 3x+4y—15=0

Viét phuong trinh tiép tuyén A cia duong tron (C ) :x*+y* —4x+4y—1=0 trong truong
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a) Puong thing A vudng goc véi duong thing A':2x+3y+4=0
b) Puong thing A hop véi truc hoanh mot goc 45°
Loi gidi
a) Buong tron (C) ¢6 tdm 7(2;-2), ban kinh R =3
Vi A LA' nén A nhan u(-3;2) lam VTPT do d6 phuong trinh c6 dang
—3x+2y+c=0

Puong thang A 1 tiép tuyén v6i dudng tron (C) khi va chi khi

d(z;A)=3©%=3@c=10i3\/ﬁ

Vay ¢6 hai tip tuyén 1a A:—3x+2y+10+3/13=0
b) Gia st phuong trinh duong thang A:ax+by+c=0, a* +b> %0
Puong thing A 1 tiép tuyén v6i dudng tron (C) khi va chi khi

3 |2a—2b+c|
Ja® +b’

Puong thing A hop véi truc hoanh mot goc 45° suy ra

d(I;A)= =3 (2a-2b+c) =9(a’ +b”)(¥)

cos(A;Ox):L:>cos450 :L(@a:b hoidc a=-b

Ja’ +b’ a’+b’
THI1: Néu a =b thay vao (*)taco 184 = ¢? <:>ic=3\/§a,ch(_)n a=b=1=c=432 suy ra
A:x+yir3\/§=0

c=(3\/§—4)a
c:—(3\/§+4)a

TH2: Néu a =—b thay vao (*) ta c6 18a” =(4a+ c)2 &

Véi c=(3ﬁ—4)a,chon a=1,b=—1,c=(3ﬁ—4):A;x—y+3ﬁ—4=o
Véi c=—(3ﬁ+4)a,chon a=1,b=—1, c=—(3\/§+4):>A:x—y—3\/§—4=0

Vay c6 bén duong thing thoaman 1a A, :x+y+3v2=0, A, :x—y+3v/2-4=0 va
A, ix—y-32-4=0

Cau 3: Lap phuong trinh tiép tuyén chung ctia hai duong tron sau:
(Cl):x2 +y°—4y-5=0va (C2):x2 +3* —6x+8y+16=0

Loi giai
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Puong tron (C,) 6 tam 7, (0;2) ban kinh R =3
buong tron (C,) ¢6 tam 7, (3;—4) ban kinh R, =3
Goi tiép tuyén chung ctia hai duong tron c¢6 phuong trinh A:ax+by+c=0 véi a®> +b> #0

d(l,,A)=3 2b+c|=3Va’ +b° (*¥)
=

A 1a tiép tuyén chung cua (C,) va (C <:>{
(@) () d(1,A)=3 " |3a-4b+c|=3Va* +b’

a=2b
Suyra |2b+c|=[3a—4b+c| < —3a+2b
c=———
2
THI1: Néu a =2bchon a =2, b=1 thay vao (*) ta dugc ¢ = —2+3+/5 néntaco?2 tiép tuyén 1a
2x+y—2i3\/§:0

—3a+2b

TH2: Néu ¢ = thay vao (*) ta dugc [2b—a|=2Va® +b* < a =0 hodc 3a+4b=0

+V6i a=0=c=b,chon b=c=1 tadugc A:y+1=0
+Vo6i 3a+4b=0=>c=3b,chon a=4,b=-3,c=-9 tadugc A:4x-3y-9=0

Vay c6 4 tiép tuyén chung ctia hai duong tron 1a: 2x+y—2i3\/§:0,y+120, 4x-3y-9=0

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Cho dudng tron (C): (x—3)* +(y—1)* =10 . Phuong trinh tiép tuyén ctia (C) tai diém A(4;4) la
A. x-3y+5=0. B. x+3y—-4=0. C. x-3y+16=0. D. x+3y-16=0.

Loi gidi
Chon D.
(C) cotam 1(3;1)= 14 =(; 3) 1a vecto phap tuyén ciia tiép tuyén D.
Suy ra D:l(x—4)+3(y—4)=O<:>x+3y—16=0.

Cho duodng tron (C):(x—2)*+(y—2)* =9. Phuong trinh tiép tuyén cua (C) di qua diém
A(-5:1) 1a

A. x+y—4=0vax—y-2=0. B. x=5va y=-1.

C.2x-y-3=0va3x+2y-2=0. D.3x-2y—-2=0va 2x+3y+5=0.
Loi giai

Chon B.

(C) c6 tam 1(2;2)vabankinh R=3.

n=(4; B)1a vecto phép tuyén nén D: A(x—5)+B(y+1)=0.
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Caiu 3:

Cau 4:

Caiu 5:

Ciu 6:

D 1a tiép tuyén cua (C) khi va chi khi :

|4(2-5)+B(2+1)|
VA + B

Cho duong tron (C): x>+ y> +2x—6y+5=0. Phuong trinh tiép tuyén cia (C) song song voi

A=0chonB=0= y=-1
B=0chon4=0=>x=5

d(I,A)=R& :3<:>A.B:0<:{

duong thing D:x+2y—15=0 1a

A. x+2y=0va x+2y-10=0. B. x-2y=0va x+2y+10=0.

C. x+2y—-1=0va x+2y-3=0. D. x-2y—-1=0va x—-2y-3=0.
Loi giai

Chon A.

(C) cotam I(~1;3)vabankinh R=1+9-5=+/5,d:x+2y-m=0.

d 1a tiép tuyén cta (C) khi va chi khi:

a(1,d) R<:>|—1+6—m| 5 g =5 o m=5==5 _[m=0=d:x+2y=0
= —_— = m — = B
’ J1+4 m—-5=5 m=10=>d:x+2y-10=0

Cho duong tron (C): x>+ y* —6x+2y+5=0 va duong thing d : 2x+(m—-2)y—m—7=0. Voi
gid tri nao ctia m thi d 1a tiép tuyén cua (C)?
A.m=3. B. m=15. C. m=13. D. m=3 hoac m=13.

Loi gidi
Chon D.

(C) ¢6 tam (3;~1)va ban kinh R =+/5.

d 1a tiép tuyén cta (C) khi va chi khi:

m=3
m=13

d(1,d)= R O=M* 22T =x/§<:>m2—16m+39:0<:>{
J4+(m-2y

Cho duong tron (C) x4+ )7 —2x+8y—23=9 va diém M(8; —3). Do dai doan tiép tuyén cua
(C) xuét phat tr M 1a:

A. 10. B. 24/10. c.@. D. J10.

2
Loi giai
Chon D.

Puong tron (C):x? +y? —2x+8y-23=9 ¢6 tim [(1;~4)ban kinh R =+/40 .

D6 dai tiép tuyén 1a VIM> - R* =4/10.

Néu dudng tron (C):(x—1)"+(y—3)" = R* tiép xtc véi dudng thing d:5x+12y—60=0 thi

gia tri cua R la:
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Cau 7:

A.R=22. g.R:%. C. R=+5. D. R=+2.

Loi giai
Chon B.

Duong tron (C): (x—l)2 -i-(y—3)2 =R’c6 tam /(1;3) ban kinh R.

Dudng thangd : Sx +12y — 60 = 0tiép xtc véi dudng tron (C) khi
_[5.1+12.3-60] 19

d=d(I,d)= NCESTIRRE

Cho duong tron (C): (x—3)2 +( y+1)2 =5. Phuong trinh tiép tuyén cta (C) song song véi
duong thang d : 2x+ y+7=01a

A.2x+y=0;2x+y-10=0. B. 2x+y+1=0;2x+y-1=0.

C.2x—y+10=0; 2x+ y—10=0. D. 2x+y=0; x+2y—-10=0.
Loi giai

Chon A.

Phuong trinh tiép tuyén c6 dang A:2x+ y+m=0v6i m#7.

Pudng tron (C):(x—3)2 +(y+1)2 =5 ¢6 tam /(3;—1)va ban kinh R = J5
Puong thing Atiép xuc véi dudng tron (C)khid(l;A) =R= % 5= {Z z ?10

Vay A :2x+y=0; A, :2x+y—-10=0
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CHUONG |

PHUONG PHAP TOA PO
TRONG MAT PHANG

IX

BAI 3. PUONG TRON TRONG MAT PHANG TQA PO
@ HE THONG BAI TAP. TRAC NGHIEM

DANG 1.
Cau 1:

Cau 4:

Cau 5:

DANG 2.
Ciu 6:

Cau 7:

Cau 8:

NHAN DANG PHUONG TRINH PUONG TRON
Tim tat ca c4c gia tri clia tham sé m dé phuong trinh x* + y* —=2(m+2)x+4my+19m-6=01a

phuong trinh duong tron.

A.l<m<2. B. m <=2 hoac m >-1.

C. m< -2 hoac m>1. D. m<1 hoac m>2.

Trong mit phang Oxy, phuong trinh nao sau ddy la phwong trinh cta duong tron?
A. x> +2y" —4x—-8y+1=0. B. X’ +y"—4x+6y-12=0.
C.x*+y"—2x-8y+20=0. D. 4x* +y* —10x—6y—2=0.
Phuong trinh nao sau day la phuong trinh ctia duong tron?

A 2x° +1*—6x-6y—-8=0. B. x*+2)° —4x-8y—-12=0.
C.x’+y"—2x-8y+18=0. D. 2x* +2y° —4x+6y—12=0.
Phuong trinh nao sau day la phuong trinh ctia mot duong tron?

A X+ —dxy+2x+8y—3=0. B. x* +2y" —4x+5y—1=0.
C.x*+y"—14x+2y+2018=0. D. x*+ )y’ —4x+5y+2=0.

Cho phuong trinh x” +y° —2mx—4(m-2)y+6-m=0(1). Diéu kién ciia mdé (1)1a phuong
trinh cia duong tron.

m<1 m=1
A.m=2. B. . C.l<m<?2. D.
m>?2 m=2

TIM TOA PQ TAM, BAN KiNH PUONG TRON

Trong mit phiang Oxy , duong tron (C) X'+’ +4x+6y—12=0 co6 tam la.

A. 1(-2;-3). B. 1(2;3). C. I1(46). D. [(—4;-6).
DPuong tron x> + y2 —10y —24 =0 c6 ban kinh bang bao nhiéu?

A. 49. B.7. C. 1. D. v/29.
Xac dinh tdm va ban kinh cta duong tron (C):(x +1)2 +(y —2)2 =9.

A.Tam I(-1;2), bankinh R=3. B. Tam /(-1;2), bankinh R=9.
C.Tam /(1;-2), bankinh R=3. D. Tam /(1;-2), ban kinh R=9.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Tim toa d0 tam [/ va ban kinh R cua duong tron (C): ¥+ —2x+4y+1=0.

A I(-1;2);R=4.  B.I(1;=2);R=2. C.I(-1;2);R=+5. D.I(1;-2);R=4.
Trong mit phing Oxy, cho dudng tron (C):(x—Z)2 +(y+3)2 =9 . Puong tron ¢ tdm va ban
kinh la

A. 1(2;3), R=9. B. 1(2;-3),R=3. C.I(-32),R=3. D.I(-23),R=3.
Tim toa dd tam / va tinh ban kinh R ciia dudng tron (C): (x+2)" +(y—5)" =9.

A. I(-2;5), R=81.. B.I(2;-5), R=9.. C.I(%-5),R=3.. D.I(-2;5),R=3.
Puong tron (C):x* + )y’ —2x+4y—-3=0 co tam /, ban kinh R 1a

A I(-1,2),R=+2. B.I(-12),R=2V2. C. I(;-2),R=+2. D.I(1;-2),R=22.

DANG 3. VIET PHUONG TRINH PUONG TRON
Dang 3.1 Khi biét tim va bdn kinh

Cau 13:

Cau 14:

Cau 15:

Phuong trinh duong tron 6 tim /(1;2) va ban kinh R=5 1a

A. x*+y*—2x-4y-20=0. B. X +)° +2x+4y+20=0.

C. X"+ +2x+4y-20=0. D. x*+y° —2x—4y+20=0.

Puong tron tdm /(—1;2), ban kinh R =3 ¢6 phuong trinh 1a

A. X+ Y +2x+4y—4=0. B. x’+y’—2x-4y—4=0.

C.x*+y" +2x—4y-4=0. D. X’ +y" —2x+4y-4=0.

Phuong trinh nao sau day 1a phuong trinh cua dudng tron tam 7 (—1; 2) , ban kinh béng 39?
Ao (x=1)" +(y+2) =9. B. (x+1)" +(y+2)" =9.

C. (x=1)" +(y-2)" =9. D. (x+1) +(y-2)" =9.

Dang 3.2 Khi biét cic diém di qua

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Dudng tron (C) di qua hai diém 4(L;1), B(5;3) vacé tam / thudc truc hoanh c6 phuong trinh
la
A (x+4) +)*=10.  B.(x-4) +)*=10. C.(x—4) +y*=10.D. (x+4)" +1*=+/10.
Trong mit phang véi hé toa do Oxy, tim toa d0 tim [ cua duong tron di qua ba diém 4(0;4),
B(2;4), C(2:0).
A. I(L1). B. 1(0;0). C. I1(1;2). D. I(10).
Cho tam gidc ABC c¢6 A(L;—1),B(3;2),C(5-5). Toa do tam duong tron ngoai tiép tam gidc
ABC la
A. (ﬂ,—ﬁj B. (4—7,2] C. (—ﬂ;—gj. D. (—4—7,£j

10 10 10 10 10 10 10 10

Trong mit phang Oxy, dudng tron di qua ba diem A(1;2), B(5;2), C(1;-3) ¢6 phuong trinh

1a.
A. X +)*+25x+19y-49=0. B. 2x* +y’ —6x+y-3=0.
C.x*+)y"—6x+y—-1=0. D. x*+y*—6x+xy—1=0.
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Cau 20:

Cau 21:

Cau 22:

Cau 23:

Lap phuong trinh dudng tron di qua hai diém A(3;0),B(0;2) va ¢6 tim thudc duong thing
d:x+y=0.

2 2 2 2
A. [x—l) +(y+lj :E. B. [x+lJ +(y+lJ :E.
2 2 2 2 2 2
2 2 2 2
C. (x—lj +(y—l] :E. D. (x+lj +(y—l) E
2 2 2 2 2 2

Cho tam gidc ABC biét H(3;2), G (%,%} 1an luot 13 truc tAm va trong tAm cua tam giac, duong

thing BC c¢6 phuong trinh x+2y—2=0. Tim phuong trinh dudng tron ngoai tiép tam giac
ABC?

Ao (x+1)" +(y+1)" =20. B. (x—2)" +(y+4) =20.

C. (x=1)" +(y+3) =1, D. (x—1) +(y-3)" =25.

Trong mat ph'fmg toa d0 Oxy, cho tam gidc ABC c¢ truc tdm H , trong tam G(—1;3). Goi
K,M N lan luot 13 trung diém cta AH, AB, AC . Tim phuong trinh duong tron ngoai tiép tam
gidc ABC biét duong tron ngoai tiép tam gidc KMN 1a (C):x* +y° +4x—4y-17=0.

A. (x=1)" +(y—5) =100. B. (x+1)"+(y—5) =100.

C. (x—1) +(y+5)" =100. D. (x+1)"+(y+5)" =100.

Trong mat phang toa &6 Oxy, cho tam gidc ABC c6 truc tim O. Goi M 1a trung diém ctia BC
: N, P lan luot la chan duong cao ké tr B va C. Pudng tron di qua ba diém M, N, P ¢o

2
phuong trinh 1a (7'): (x - 1)2 + ( y+ %) = % . Phuong trinh duong tron ngoai tiép tam gidc ABC

la:
A. (x=1) +(y+2) =25. B. x* +(y—1) =25.
C. x*+(y-1)" =50. D. (x—2) +(y+1)" =25.

Dang 3.3 Sir dung diéu kién tiép xiic

Cau 24:

Cau 25:

Trong mit phang toa dd Oxy, phuong trinh ciia dudng tron ¢ tim 1a gde toa do O va tiép xiic
v6i dudong thing A: x+y—2=0 la

A X249yt =2. B.xz—l—y2:\/§.

C. (x—17 +(y—1=+2. D. (x—17 +(y—1) =2.

Trong mit phang toa do (Oxy) , cho duong tron (S ) c¢6 tdm / nam trén duong thang y =—x,
ban kinh R =3 va tiép xtc vdi cac truc toa do. Lap phuong trinh cia (S ) , biét hoanh d6 tam /
1a s6 duong.

A. (x—3)2 -I-(y—3)2

C. (x—3)2 —(y—3)

9. (x=3) +(y+3)" =9.
9 =9

B. (x—
D. (x+3)2+(y+3) =

2
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Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

DANG 4.
Dang 4.1.
Cau 31:

Cau 32:

Cau 33:

Mot dudng tron c6 tim /(3;4) tiép xtic v6i duong thing A:3x+4y—10=0. Hoi ban kinh

dudng tron bang bao nhiéu?

A.é. B. 5. C. 3. D.é.
3 5

Trong h¢ truc toa do Oxy, cho diém 1(1;1) va duong théng (d) :3x+4y—-2=0. Puong tron
tam / va tiép xuc voi duong thing (a’ ) c6 phuong trinh
A. (x=1) +(y-1) =5. B. (x—1) +(y-1)" =25.

1

C. (x=1) +(y-1)" =1. D. (x—l)2+(y—l)2=§.

Trén hé truc toa d0 Oxy, cho duong tron (C) co tam [ (—3;2) va mot tiép tuyén cua nd cod
phuong trinh 13 3x+4y—9 = 0. Viét phuong trinh cia duong tron (C).

A (x+3) +(y-2) =2, B. (x-3) +(y+2) =2.

C. (x-3) +(y-2) =4 D. (x+3) +(y-2) =4,

Trén mit phang toa dd Oxy, cho cac diem 4(3;0) va B(0;4). Dudng tron ndi tiép tam gidc
OAB c6 phuong trinh

A. X +y =1. B. X’ +)"—4x+4=0.

C.x" +y*=2. D. (x—1)2+(y—1)2:l.

Cho hai diém A(3;0) , B(O;4). Puong tron ndi tiép tam gidc OAB cd phuong trinh 13
A. X +y°=1. B. X’ +)*=2x-2y+1=0.
C.x*+y*—6x—-8y+25=0. D. x*+y°=2.

TUONG GIAO CUA PUONG THANG VA PUONG TRON

Phwong trinh tiép tuyén

Puong tron x” + > —1=0 tiép xuc v6i dudng thing nao trong cac dudng thing dudi day?
A.3x—4y+5=0 B. x+y=0 C.3x+4y—-1=0 D.x+y-1=0
Puodng tron nao sau day tiép xuc véi truc Ox:

A. x>+ -10x=0. B. x’+1y*-5=0.

C. x*+y"-10x-2y+1=0. D. x*+)* +6x+5y+9=0.

Trong mit phang véi hé toa dd Oxy, cho dudng tron (C):x* +° —2x—4y+3=0. Viét phuong
trinh tiép tuyén 4 cua duong tron (C) biét tiép tuyén d6 song song véi duong thang
A:3x+4y+1=0.

A 3x+4y+5V2-11=0; 3x+4y—5J2+11=0.

B.3x+4y+5J2-11=0, 3x+4y—5J2-11=0.

C.3x+4y+5J2-11=0, 3x+4y+5/2+11=0.

D. 3x+4y-5V2+11=0, 3x+4y—5J2-11=0.
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Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cho duong tron (C):x2 +y?—2x—4y—4=0 va diém A(I;S). Puong thing nao trong cic
dudng thang dudi day 1a tiép tuyén cia duong tron (C) tai diém 4.

A. y—-5=0. B. y+5=0. C.x+y-5=0. D. x—-y-5=0.

Cho duong tron (C) :x’ +y* —4=0 vadiém A(—I;Z). Puong thiang nao trong cac dudng thing
duéi day di qua A4 va la tiép tuyén cta duong tron (C)?

A. 4x-3y+10=0. B. 6x+y+4=0. C.3x+4y+10=0. D.3x—-4y+11=0.
Trong mit phiang Oxy, cho dudng tron (C): (x—l)2 +(y —4)2 = 4. Phuong trinh tiép tuyén voi
dudng tron (C) song song véi dudng thing A:4x—3y+2=0 1a

A. 4x-3y+18=0. B. 4x-3y+18=0.
C.4x-3y+18=0;4x-3y—-2=0. D. 4x-3y-18=0;4x-3y+2=0.

S6 tiép tuyén chung ctia 2 dudong tron  (C):x*+)"-2x+4y+1=0 va
(C'):x2+y2+6x—8y+20=0 la

A. 1. B. 2. C. 4. D. 3.

Viét phuong trinh tiép tuyén ciia dudng tron (C): (x—2)* + (v +4)* =25, biét tiép tuyén vuong
goc voi duong thang d :3x—4y+5=0.

A. 4x+3y+29=0. B. 4x+3y+29=0 hodc 4x+3y—-21=0.

C. 4x-3y+5=0 hodc 4x-3y—-45=0 D. 4x+3y+5=0 hodc 4x+3y+3=0.

Trong mat phéng toa d§ Oxy, cho dudng tron (C ) c6 phuong trinh X2+ y2 —2x+2y-3=0.Tu
diém A(1;1)ké duge bao nhiéu tiép tuyén dén dudng tron (C)

AL B.2. C. v6 sd. D. 0.

Trong mit phang Oxy, cho duong tron (C): (x—l)2 +(y —4)2 = 4. Phuong trinh tiép tuyén voi
dudng tron (C), biét tiép tuyén d6 song song véi duong thing A:4x—3y+2=01a

A. 4x-3y+18=0va -4x-3y-2=0. B. 4x-3y+18=0va 4x-3y-2=0.

C. -4x-3y+18=0va 4x-3y-2=0. D. 4x+3y-18=0va -4x-3y-2=0.

Trén mit phang toa dd Oxy , cho diém P(-3;-2) va dudng tron (C):(x—3)2 +(y—4)2 =36.Tu
diém P keé céc tiép tuyén PM va PN t6i dudng tron (C), véi M, N 14 cac tiép diém. Phuong
trinh dudng thang MN 1a

A. x+y+1=0. B. x—y-1=0. C.x—y+1=0. D. x+y-1=0.

Trong mat phang vé1 hé toa d0 Oxy, cho diem M(-3;1) va dudng tron
(C):x*+y*—2x-6y+6=0.Goi T;, T, la cc tiép diém cua cac tiép tuyén ké tir M dén. Tinh
khoang cach tir O dén duodng thang IT,.

D. 24/2.

A. 5. B. /5.

3
C. —.
Js
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Dang 4.2 Bai todn twong giao

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Trong mit phang véi hé truc toa d Oxy , cho hai dudng tron (C,),(C, ) c6 phuong trinh lan luot
1a (x+1) +(¥+2)* =9 va (x—2)’ + (y—2)? = 4. Khéng dinh nao dudi day la sai?

A. Pudng tron (C,)co tam 1, (—1;—2) vabankinh R =3.

B. Buong tron (C,) ¢6 thm 7, (2;2) va ban kinh R, =2.

C. Hai duong tron (C,),(C, ) khong cé diém chung.

D. Hai dudng tron (C,),(C,) tiép xtc véi nhau.

Tim giao diém 2 dudng tron (C,):x*+y* —4=0 va (C,):x’+y* —4x—4y+4=0,

A (22) va (-2;-2).  B.(0;2) va (0;-2). C.(2;0)va (-2;0). D.(2;0) va (0;2).
Trong mit phang voi hé truc Oxp, cho hai dudng tron (C):(x- 1)2 +y' =4 va
(C):(x- 4)2 +(y— 3)2 =16 cit nhau tai hai diém phan biét 4 va B. Lap phuong trinh duong
thang AB

A. x+y-2=0. B. x-y+2.=0 C.x+y+2=0. D. x-y-2=0.

Cho duong thing A:3x—4y—19=0 va duong tron (C):(x-1)"+(y-1)" =25. Biét duong
thang A cét (C) tai hai diém phan biét 4 va B, khi d6 do dai doan thang 4B 1a

A. 6. B. 3. C. 4. D. 8.

Trong mit phing toa 6 Ozy cho dudng tron (C’ ) co tam [ (1;—1) ban kinh R =5. Biét rang
dudng thing (d):3z—4y+8=0 cét dudng tron (C) tai hai diém phan biét A, B. Tinh d¢ dai

doan thiang AB.
A. AB=8. B. AB=4. C. AB=3.. D. AB=6.

Trong mit phing véi hé truc toa do Oxy, cho dudng tron (C) 6 phuong trinh
(x—2)2 +(y+2)2 =4 va dudng thang d :3x+4y+7=0.Goi 4,B la cac giao diém cta duong
thang d véi duong tron (C). Tinh d¢ dai ddy cung 4B .

A. AB=1/3. B. AB=24/5. C. AB=243. D. AB=4.

Trong mit phang véi hé toa dd Oxy , cho diém A(3;1), dudngtron (C):x* +3* —2x—4y+3=0
. Viét phuong trinh tong quat ciia dudng thiang d di qua A va cit dudng tron (C) tai hai diém
B, C sao cho BC=2\/§.

A.d:x+2y-5=0. B.d:x-2y-5=0. C.d:x+2y+5=0. D.d:x-2y+5=0.
Trong mit phang véi hé truc toa d Oxy , cho hai dudng tron (C,),(C,) c6 phuong trinh lan luot
1a (x+1) +(y+2)* =9 va (x—2)* +(y—2)* = 4. Viét phuong trinh duong thiang d’ di qua gbc
toa d6 va tao voi duong thing ndi tAm cua hai dudng tron mot goc bang 45°.

A.d":x-7y=0 hoac d":7x+y=0. B.d :x+7y=0 hodc d'":7x+y=0.
C.d":x+7y=0hodc d':7x-—y=0. D.d :x-—7y=0 hodac d':7x—y=0.
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Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

DANG 5.
Cau 57:

Cau 58:

Cau 59:

Trong mit phang toa dd Oxy cho diém I(l; 2) va duong thing (d) :2x+y—5=0. Biét rang c6
hai diém M,, M, thudc (d) sao cho IM, = IM, =~/10. Téng céc hoanh do cia M, va M, 1a

A. Z B. E C. 2. D. 5.

5 5
Trong hé toa d Oxy, cho dudng tron (C) c6 phuong trinh: x* + y* —4x+2y—-15=0.7 la thm
(C), duong thing d di qua M (1;-3) cdt (C)tai 4,B. Biét tam gidc /4B c6 dién tich la 8.
Phuong trinh dudng thing d 1a: x+by+c¢=0. Tinh b+c
A. 8. B. 2. C. 6. D. 1.
Trong mat phéng Oxy cho tam giac ABC c6 dinh A(S; 5) ,truc tam H (—1;13) , duong tron ngoai
tiép tam gidc co phuong trinh x>+ y? =50. Biét toa do dinh C(a;b), v6i a<0. Téng a+b
bang
A. -8. B. 8. C.6. D. 6.
Trong mit phang Oxy, cho AABC ndi tiép dudng tron tam 1(2; 2), diém D 1a chan dudng
phan gidc ngoai cta goc BAC. Puong thing 4D cit dudng tron ngoai tiép A ABC tai diém thi
hai 1a M. Biét diém J(-2; 2) 1a tam dudng tron ngoai tiép A ACD va phuong trinh dudng thing
CMla: x+y-2=0. Tim téng hoanh dg cua cac dinh 4, B, C cua tam giac 4BC.

9 12 3 6

A, —. B. —. C. —. D. —.
5 5 5 5

Trong mit phing toa d0 Oxy, cho hai dudng thang (A):x+3y+8=0; (A):3x—4y+10=0
va diém A(—2;1). Dudng tron 6 tm (a;b) thude duong thang (A).di qua A4 va tiép xtc voi
duong thang (A'). Tinh a+b.

A. —4. B. 4. C.2. D. 2.

Trong mit phiang véi hé toa do Oxy, cho dudng thang d :3x—4y—1=0 vadiém I(1;—2). Goi
(C ) 1a dudng tron ¢ tim 7 va cit dudng thang d tai hai diém 4 va B sao cho tam giac I4B c6
dién tich bang 4. Phuong trinh duong tron (C ) la

A. (x—l)2 +(y+2)2 =8.B. (x—l)2 +(y+2)2 =20.

C. (x=1) +(y+2)" =5.D. (x—1)" +(y+2)" =16.

CAU HOI MIN-MAX

Cho duong tron (C):x* + > —2x—4y—4=0 vadiém M (2;1). Day cung cta (C) di qua diém

M ¢ d6 dai ngan nhét 1a

A. 6. B. V7. C. 7. D. 27 .

Trong mat phéng toa do Oxy, cho hai diém A(0;-3), B(4;1) va diém M thay doi thudc duong
tron (C): x* +(y—1)> =4. Goi P, la gia tri nh6 nhét ctia biéu thirc P = MA+2MB . Khi d6 ta
coO P

A. (7,7:8,1).. B. (7,37,7).. C. (8,38,5).. D. (8,1;8,3).

thudc khoang nao dudi day?

Trong mit phiang véi hé toa dd Oxy, cho dudng tron (C):x*+y*—2x—4y+3=0. Tim toa do

diém M (xo; yo) nam trén dudng tron (C ) sao cho T = x, +y, dat gia tri lon nhit.
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Cau 60:

Cau 61:

Cau 62:

Caiu 63:

Cau 64:

Cau 65:

Cau 66:

A. M(2;3). B. M (0;1). C. M(21). D. M(0;3).
Trong mit phang Oxy, cho diém M nam trén dudng tron (C) :x*+3* +8x—6y+16=0. Tinh

d6 dai nhé nhét cia OM ?
A. 3. B. 1. C.5. D. 2.

Goi I 1a tam cua duong tron (C): ()c—l)2 +(y—1)2 =4.S6 cac gia tri nguyén caa m dé duong
thing x+y—m=0 cat duong tron (C ) tai hai diém phan biét 4, B sao cho tam giac I4B c6
dién tich 16n nhét 1a

A. 1. B. 3. C. 2. D.o.

Diém nim trén dudng tron (C):x”* +y* —2x+4y+1=0 c6 khoang cach ngén nhat dén duong
thing d:x—y+3=0 c6 toa dd M (a;b). Khing dinh nao sau day ding?

A.\2a=-b. B.a=-b. C.V2a=b. D.a=bh.

Cho tam giac ABC c6 trung diém cia BC 1a M (3; 2) , trong tim va tim dudng tron ngoai tiép

tam gidc lan luot 1a G(%;%j,](l;—z) . Tim toa d¢ dinh C, biét C c6 hoanh do 1én hon 2.

A. C(91). B. C(51). C.C(42). D. C(3;-2).

Trong mit phang toa d Oxy, cho dudng tron (C):x* +y* —2x—4y-25=0 vadiém M (2;1).
Day cung cua (C) diqua M c6 do dai ngén nhét la:

A 27, B. 16v/2. C. 8V2. D. 4/7.

Cho céc s6 thuc a,b,c,d thay dbi, uon thoa man (a—1)" +(b—2)" =1 va 4¢—3d-23=0. Gi4
tri nhé nhat cua biéu thae P = (a —6)2 +(b —d)2 la:

A. P. =28. B. P. =3. C. P

min min min

=4, D. P. =16.

Trong mit phing toa d6 Oxy, cho dudng tron (C): (x—l)2 +(y —2)2 =4 va cac duong thang
d:mx+y-m—-1=0, d,:x—my+m—1=0. Tim céc gia tri ciia tham s6 m dé mdi duong thing
d,,d, cit (C)tai 2 diém phan biét sao cho 4 diém d¢ 1ap thanh 1 tir gidc c6 dién tich 16n nhat.

Khi d6 tong cua tat ca cac gia tri tham sd m 1a:
A. 0. B. 1. C.3. D. 2.
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CHUONG |

PHUONG PHAP TOA PO
TRONG MAT PHANG

IX

BAI 3. PUONG TRON TRONG MAT PHANG TQA PO
@ HE THONG BAI TAP. TRAC NGHIEM

DANG 1. NHAN DANG PHUONG TRINH PUONG TRON

Cau 1:

Cau 2:

Cau 3:

Tim tat ca c4c gia tri clia tham sé m dé phuong trinh x* + y* —=2(m+2)x+4my+19m-6=01a

phuong trinh duong tron.

A.l<m<?2. B. m < -2 hoac m>-1.
C. m<-2 hoaic m>1. D. m<1 hoac m>2.

Loi gidi
Chon D

Taco x> +y° —=2(m+2)x+4my+19m-6=0 (1)
=a=m+2;b=-2m;c=19m—6.
Phuong trinh (1) 1a phuong trinh dudng tron < a® +b° —¢ >0

< 5Sm*—15m+10>0< m<1 hoic m>2.

Trong mit phiang Oxy , phuong trinh nio sau day la phuong trinh ctia duong tron?

A. x> +2y" —4x—-8y+1=0. B. X’ +y* —4x+6y-12=0.

C.x*+)y"=2x-8y+20=0. D. 4x° +y* —10x—6y-2=0.
Loi giai

Chon B

Dé 1a phuong trinh dudng tron thi diéu kién can 1a hé s6 ciia x° va y* phai bang nhau nén loai

dugc dap an A va D.

Taco: x*+3*—2x-8y+20=0c (x—1) +(y—-4)" +3=0 vo ly.

Taco:x’ +y* —4x+6y—12=0< (x—2) +(y+3)" =25 la phuong trinh duong tron tam
1(2;-3), bankinh R=5.

Phuong trinh nao sau day la phuong trinh ctia duong tron?
A 2xP+y* —6x—6y-8=0. B. X’ +2y" —4x-8y-12=0.
C.x"+y"—2x-8y+18=0. D. 2x* +2y° —4x+6y-12=0.
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Cau 4:

DANG 2.
Ciu 6:

Loi gidi
Chon D
Biét rang x* + y* —2ax—2by +c¢ =0 1a phuong trinh cia mot duong tron khi va chi khi
a’+b’—c>0.
Ta thiy phuong trinh trong phuong 4n 4 va B c6 hé sé ciia x*, y* khong bang nhau nén day
khong phai 1a phuong trinh duong tron.

Véi phuong an C ¢6 a’ +b> —c=1+16-18 < 0 nén day khong phai 1a phuong trinh dudong
tron. Vay ta chon dap an D.

Phuong trinh nao sau ddy la phuong trinh cia mot duong tron?

A X4y —4xy+2x4+8y—3=0. B. X’ +2y" —4x+5y—-1=0.

C. x*+y* —14x 42y +2018=0. D. x’+y’ —4x+5y+2=0.
Loi giai

Chon D

Phuong an A: c6 tich xy nén khong phai la phuong trinh duong tron.

Phuong 4n B: ¢ hé sb béc hai khong bang nhau nén khong phai 14 phuong trinh dudng tron.
Phuong an C: ta ¢6 x* +y* —14x+2y +2018 =0 (x—7)" +(y+1)’ +1968 = 0 khong ton
tai x,y nén cling khong phai phuong trinh duong tron.

Con lai, Chon D

Cho phuong trinh x” +y* —2mx—4(m—2)y+6-m=0(1). Diéu kién ciia mdé (1)1a phuong

trinh cia duong tron.

m<1 m=1
A.m=2. B. . C.l<m<2. D. .
m>2

Loi gii
Chon B
x*+y* =2mx—4(m—2)y+6—m=0(1)1a phuong trinh ciia duong tron khi va chi khi

m<1

2 2 2
20m=2)| —(6— 0 5m —-15 10>0 .
(m) +[ (m )] (6—m)>0< 5m m+10> <:>[m>2

TIM TOA PQ TAM, BAN KiNH PUONG TRON

Trong mit phiang Oxy , duong tron (C) XP 4y’ +4x+6y—12=0 co tam la.

A I1(-2-3). B. 1(2;3). C. I1(46). D. [(—4;-6).
Loi gidi

Chon A

Ta c6 phuong trinh duong tron la: (x+ 2)2 +(y+ 3)2 =25.
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Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Vay tam duong tron la: [ (—2; —3) :

Puong tron x* + y> —10y —24 = 0 c6 ban kinh bang bao nhiéu?
A. 49, B.7. C. 1. D. v/29.
Loi giai

Chon B

Puong tron x* + y* 10y —24 =0 c6 tm /(0;5), ban kinh R = \/02 +5°—(-24)=7.

Xac dinh tam va ban kinh cta duong tron (C):(x+1)" +(y-2)" =9.

A.Tam /(-1;2), bankinh R=3. B. Tam 7(-1;2), bankinh R=9.

C.Tam /(1;-2), ban kinh R=3. D. Tam I(1;-2), bankinh R=9.
Loi giai

Chon A

Tim toa d0 tdm / va bankinh R cua dudng tron (C): x* +)* —2x+4y+1=0.
A I(-1;2);R=4.  B.I(1;=2);R=2. C.I(-1;2);R=+5. D.I(1;-2);R=4.
Loi gidi

Chon B
(C) ¢6 tam I(1;-2), bankinh R =[1 +(-2)" —1=2.

Trong mit phang Oxy, cho dudng tron (C): (x—2)2 +(y +3)2 =9. Duodng tron c6 tim va ban

kinh la

A. 1(2:3), R=9. B. I(2%-3),R=3. C.I(-%2),R=3. D.I(-23),R=3.
Loi giai

Chon B

Duong tron (C) co tim 7(2;-3) va bankinh R=3.

Tim toa dd tm / va tinh ban kinh R ctia dudng tron (C): (x+2)" +(y-5)" =9.

A. I(=2:5), R=81..  B.I(2;-5), R=9.. C.I(2-5),R=3.. D.I(-2;5), R=3.
Loi giai

Chon D

Theo bai ra ta ¢6 toa do tam /(—2;5) va ban kinh R =3.

Duong tron (C):x2+y2—2x+4y—3=O c6 tam I, ban kinh R 1a
A I(-1;2),R=+2. B.I(-1;2),R=22. C. I(,-2),R=+2. D.I(5;-2),R=22.
Loi giai

Chon D

Tam 1(1;-2), bankinh R =1’ +(=2)’ —(-3) =8 =242 .
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DANG 3. VIET PHUONG TRINH PUONG TRON
Dang 3.1 Khi biét tim va bdn kinh

Cau 13: Phuong trinh duong tron ¢6 tdm /(1;2) va ban kinh R =5 1a

A X +y"-2x-4y-20=0. B. X’ +y*+2x+4y+20=0.

C.x"+y*+2x+4y-20=0. D. x> +3y*—2x-4y+20=0.
Loi giai

Chon A

Phuong trinh dudng tron 6 tim /(1;2) va ban kinh R=5 1a (x—l)2 +(y—2)2 =5
Sx-2x+1+)y" —4y+4=25 > x*+y" -2x-4y-20=0.

Cau 14: DPuong tron tdm 1(—1;2) , ban kinh R =3 c¢6 phuong trinh la

A X+ +2x+4y-4=0. B. x’+)’—2x-4y-4=0.

C. X" +y" +2x—-4y-4=0. D. X’ +y"—2x+4y-4=0.
Loi giai

Chon C

Puong tron  tdm 1 (—1; 2) , ban  kinh R=3 c6 phuong trinh 1a

(X+1)2+(y—2)2 =9 X+ +2x—4y—-4=0.

Cau 15: Phuong trinh nao sau day la phuong trinh cua dudng tron tdm / (—1; 2) , ban kinh bang 3?

Ao (x=1) +(y+2) =9. B. (x+1)" +(y+2)" =9.

C. (x=1)" +(y-2)" =9. D. (x+1)" +(y-2)" =9.
Loi gidi

Chon D

Phuong trinh duong tron tam 7(~1;2) vabankinh R=3 la: (x+1)" +(y-2)"=9.

Dang 3.2 Khi biét cac diém di qua

Chu 16: Duong tron (C) di qua hai diem A4(L;1), B(5;3) vacé tam 7 thudc truc hoanh c6 phuong trinh

la

A. (x+4)2+y2 =10. B. (x—4)2+y2 =10. C. ()6—4)2+y2 =4/10..D. ()c+4)2+y2 =410
Loi giai

Chon B

Goi 1(x;0)€Ox; 14 =IB* & (1-x) +1>=(5-x)" +3* ©x’ —2x+1+1=x"-10x+25+9

& x=4. Vay tim dudng tron 1a 1(4;0) va bén kinh R =74 = /(1-4)" +1* =/10.

Phuong trinh dudng tron (C) ¢6 dang (x—4)" +y* =10.
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Cau 17:

Cau 18:

Cau 19:

Trong mit phing v6i hé toa do Oxy, tim toa d6 tim I cua dudng tron di qua ba diém A (0;4),
B(2;4), C(2;0).
A I(L;1). B. 1(0;0). C. I(1;2). D. I(1;0).

Chon C

Gid sir phuong trinh duong tron di qua 3 diém 4, B,C 6 dang (C):x” +y* +2ax+2by+c=0

Thay toa d6 3 diém 4(0;4), B(2;4), C(2;0) ta duoc:

8+c=-16 a=-1
4a+8b+c=-20< b:—2:>(C):x2+y2—2x—4y:0_
4a+c=-4 c=0

Vay (C) ¢6 tam 1(1;2) va ban kinh R=+/5.

Cho tam gidc ABC c¢6 A(L;—1),B(3;2),C(5-5). Toa do tam duong tron ngoai tiép tam gidc
ABC la

— 10 10 10 10 10 10 10 '10

Chon A

Goi /(x; y) 1a tAm duong tron ngoai tiép tam gidc ABC.

47

2 _ BI? —1) +(y+1)" =(x=3)" +(y-2) = 10

_ {Alz Blzc){(x )2 (v )2 (x )2 (v )2©{4x+6y n_ "o
AP =CP [(x=1) +(y+1) =(x=5) +(y+s)  (Bx-8y=48 | _ 13

10
1 ﬂ;—g .
10" 10

Trong mit phdng Oxy, dudng tron di qua ba diém 4(1;2), B(5;2), C(1;-3) c6 phuong trinh

la.

A. X +9y* +25x+19y-49=0. B. 2x’ +y* —6x+y-3=0.

C. x*+y’—6x+y—-1=0. D. X’ +y*—6x+xy—1=0.
Loi giai

Chon C

Phuong trinh dudng tron ¢6 dang x° + y* —2ax —2by +c¢ = 0. Pudng tron nay qua 4, B,C nén
1+4-2a—4b+c=0 a=3
25+4-10a-4b+c=0< b=—%.

1+9-2a+6b+c=0
c=-1
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Cau 20:

Cau 21:

Vay phuong trinh duong tron can tim 13 x> + y* —6x+y—1=0.

Lap phuong trinh duong tron di qua hai diém A(3;O),B(0;2) va ¢6 tam thudc dudng thing
d:x+y=0.

2 2 2 2
A. x—l + y+l :E. B. x+l + y+l :E.
2 2 2 2 2 2
2 2 2 2
C. (x—lj +(y—lj :E. D. (x+lj +(y—lj =£.
2 2 2 2 2 2

Chon A

A(3;0), B(0;2), d:x+y=0.

Goi [ 1a tm dudng tron vay [ (x;—x) vi I ed .

1
I4* = IB? <::>(3»—x)2+xz=xz+(2+x)2 & —6x+9=4x+4 <:>x=5.V£Iy I(l—lj

27 2
2 2
1A= \/(3 —%j + (%) = g la ban kinh dudng tron.

X \ S A 1A 1s 1Y 1\ 13
Phuong trinh dudng tron can lap la: X_E + y+5 =—.

Cho tam gidc ABC biét H(3;2), G (%’%} 1an luot 14 tryc tAm va trong tAm cua tam gidc, duong

thing BC c¢6 phuong trinh x+2y—2=0. Tim phuong trinh dwdng tron ngoai tiép tam giac
ABC?

A. (x+1) +(y+1)" =20. B. (x—2) +(y+4) =20.
C. (x=1)" +(y+3) =1, D. (x-1)" +(y-3)" =25.

Loi giai
Chon D

A4
I
G
B IT; c

*) Goi I 1a tam duong tron ngoai tiép tam giac ABC.
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:ﬁ:%H—G:

*) Goi M 1a trung diém cia BC = IM 1 BC = IM :2x—y+1=0.

= M (0;1).

2x—y=-1 x=0
M =IMNBC = =

x+2y=2 y=1

5
Xy :35
Lai c6: MA=3MG =

Suy ra: ban kinh duong tron ngoai tiép tam gidc ABC 1a R=I4=5.
Vay phuong trinh duong tron ngoai tiép tam gidc ABC 1a (x— 1)2 +(y— 3)2 =25.

Céu 22: Trong mit phiang toa dd Oxy, cho tam gidc ABC c6 truc tim H , trong tim G(—1;3). Goi
K,M,N lan luot 14 trung diém ctua AH, AB, AC . Tim phuong trinh dudng tron ngoai tiép tam
gidc ABC biét duong tron ngoai tiép tam giac KMN 1a (C) X+ +dx—4y-17=0.

A. (x=1)" +(y-5)" =100. B. (x+1) +(y—5)" =100.

C. (x—1)" +(y+5)" =100. D. (x+1)° +(»+5)" =100.
Loi gidi

Chon A

E

Goi E la trung diém BC, J 1a tAm dudng tron ngoai tiép A4ABC.

MK || BH KN ||CH
Taco <ME|| AC = MK 1L ME (1), {NE||AB = KN 1L NE(2)
BH 1 AC CH L AB

Tur (1),(2) = KMEN 1a tir gide noi tiép dudng tron duong kinh KE .
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Cau 23:

Duong tron (C):x2+y2+4x—4y—17=0 co tam I(—2;2) ban kinh » =5 = I 14 trung diém
KE.

KHEJ 13 hinh binh hanh = 7 1a trung diém JH

= J(L5).

. . x, +2=3(-1+2 =1
Ta co: IJ =31 :,»{J (-1+2) :{x’

y,-2=3(3-2) |y, =5
Ban kinh dudng tron ngoai tiép AABC 1a R=JA4=2IK =2r=10.
Phuong trinh duong tron ngoai tiép A4BC 1a: (x - 1)2 +(y- 5)2 =100.

Trong mat phéng toa do Oxy, cho tam gidc ABC co truc tam O. Goi M la trung diém cua BC
: N, P lan luot 1a chan duong cao ké tir B va C. Puong tron di qua ba diém M, N, P ¢6

1Y 2 ,
phuong trinh 1a (7'): (x - 1)2 + ( y+ Ej = 75 . Phuong trinh dudng tron ngoai tiép tam gidc ABC

la:

A, (x=1)" +(y+2)" =25. B. x*+(y-1)" =25.

C. x*+(y—1) =50. D. (x—2) +(y+1)" =25.
Loi gidi
4

B M C

Tacd M 1atrung diém ciia BC; N, P lan luot 1a chan dudng cao ké tir Bva C. Puong tron
di qua ba diém M, N, P la duong tron Euler. Do d6 dudng tron ngoai tiép tam giac ABC
chinh 13 4nh ctia duong tron Euler qua phép vi tu tim 1a O, ty sb k=2.

Goi I va I' 1an luot 13 tim dudng tron ngoai tiép tam gidc MNP va tam giac ABC .

Goi R va R’ lan luot 14 ban kinh dudng tron ngoai tiép tam giac MNP va tam gidc ABC .

1 .
Ta c6 1[1;—5j vado d6 O =201 = I'(2;-1).
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Mait khac R=§:>R'=5.

Vay phuong trinh dudng tron ngoai tiép tam giac ABC la: (x - 2)2 + (y + 1)2 =25.

Nhan xét: Dé bai nay rat khé dbi véi hoc sinh néu khong biét dén dudng tron Euler.

Dang 3.3 Sir dung diéu kién tiép xiic

Cau 24:

Cau 25:

Cau 26:

Trong mit phang toa dd Oxy, phuong trinh ctia dudng tron c6 tim 1a gbe toa d6 O va tiép xuc

v6i dudng thing A: x+y—2=0 1a

A x> +yr=2. B.xz—l—y2:\/§.

C. (x—1) +(y—17=+2. D. (x—1) +(y—1) =2.
Loi giai

Chon A

Dudng tron (C) ¢6 tim O, ban kinh R tiép xtic v6i A nén co:

R=d(O;A)=H=\/§.

V2
Phuong trinh dudng tron (C): x>+ > =2.
Trong mit phing toa do (Oxy), cho duong tron (S) c6 tim / ndm trén duong thing y =—x,

ban kinh R =3 va tiép xtic v6i céc truc toa do. Lap phuong trinh cua (S), biét hoanh d¢ tim 7

1a s6 duong.

A (x=3)+(y-3)"=9 B. (x-3)' +(y+3)" =9

C. (x-3)" —(y-3)" =9. D. (x+3)" +(y+3)" =9.
Loi giai

Chon B
Do tim / nam trén duong thing y =—x = I(a;— a) , diéu kién a >0,

Duong tron (S) c6 bankinh R =3 va tiép xtic voi cac truc toa do nén:
d(1;0x)=d(I;0y)=3 < |a|=3 = a=3(n)va=-3()=1(3-3).

Vay phuong trinh (S):(x—3)2 +(y+3)2 :9.

Mot duong tron c6 tam (3;4) tiép xtc véi duong thing A:3x+4y—10=0. Hoi ban kinh

duong tron bang bao nhiéu?

A.é. B.5. C.3. D.é.
3 - 5
Loi giai
Chon C

Dudng tron tam 7(3;4) tiép xtc véi duong thing A:3x+4y—10=0 nén ban kinh duong tron
chinh 1 khodng cach tir tim /(3;4) t¢i duong thang A:3x+4y-10=0.
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Taco: Red (1) <2244 10 15

V3 4 5
Cau 27: Trong h¢ truc toa d0 Oxy, cho diém 1(1;1) va duong théng (d) :3x+4y—-2=0. Puong tron

tam / va tiép xuc voi duong thing (a’ ) c6 phuong trinh

A (x=1) +(y-1) =5. B. (x—1) +(y—1) =25.

C. (x=1) +(y-1)° =1. D. (x—l)2+(y—1)2:%_
Loi gidi

Chen C

Puong tron tam / va tiép xtc v6i duong thang (d ) c6 ban kinh
3.1+4.1-2]
= = 1

V3 + 4

Vay dudng tron c6 phuong trinh la: (x - 1)2 +(y- 1)2 =1.

R=d(1,d)

Cau 28: Trén h¢ truc toa d0 Oxy, cho duong tron (C) co tam [ (—3;2) va mot tiép tuyén cua né cod

phuong trinh 1 3x+4y—9 = 0. Viét phuong trinh cia duong tron (C).

A (x+3) +(y-2) =2, B. (x-3) +(y+2) =2.

C. (x=3) +(y-2) =4 D. (x+3)" +(y-2)" =4.
Loi gidi

Chon D

Vi duong tron (C) c6 tam [ (—3; 2) va mot tiép tuyén cua nd 1a dudong thing A cd phuong
3.(-3)+4.2-9
B3 ra2-9]

V37 +4°

trinh 1a 3x+4y—9 =0 nén ban kinh ctia duong tronla R=d(I,A) =

Vay phuong trinh dudng tron la: (x + 3)2 + (y - 2)2 =4

Chu 29: Trén mit phing toa d0 Oxy, cho céc diém 4(3;0) va B(0;4). Duong tron ndi tiép tam gidc
OAB c6 phuong trinh

A P+t =1. B. X’ +1y*—4x+4=0.

C.x" +y*=2. D. (x—1)2+(y—1)2=1.
Loi giai

Chon D
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Cau 30:

Vi cac diem A(3;0) va B(0;4) nim trong goc phan tu thir nhit nén tam gidc OAB ciing nim

trong goc phan tu thir nhat. Do vy goi tim dudng tron noi tiép 1a 7 (a,b) thi @ >0,6>0.

Theo dé rata co: d(I;0x)=d(1;0v)=d(I;4B).

Phuong trinh theo doan chin cua 4B la: §+% =1 hay 4x+3y—-12=0.

b =¥l 0
Do vay ta co: < [7a-12=5a =1|a=6(]).
[4a+3b—12|=5|a| [
Ta—12=-5a a=1

Vay phuong trinh duong tron can tim 1a: (x— 1)2 +(y— 1)2 =1.

Cho hai diém 4 (3;0) , B (0;4). Puong tron ndi tiép tam gidc OAB c6 phuong trinh 13

A X +y*=1. B. x’+y*-2x-2y+1=0.
C.x*+y"—6x—-8y+25=0. D. x’+y°=2.

Loi giai
Chon B

Taco OA=3,0B=4, AB=5.
Goi I(x,;y,) 1a tam duong tron noi tiép tam giac OAB .
Tur hé thie AB.IO+OB.IA+OAIB=0 tadugc

_AB.x,+OB.x,+0Ax, 43 |

X;

AB + OB + OA 5+4+3 — 1(1:1)
_AB.y,+OB.y +0OAy, 34 1
i AB+ OB + 04 51443

Mit khac tam gidc OAB vudng tai O voi r 13 ban kinh dudng tron noi tiép tam gic thi

r=;= 04 OB+ AB =3+4+5=1 (S, p lan lugt 1a dién tich va ntra chu vi tam giéc).

2

Vay phuong trinh duong tron ndi tiép tam gidc OAB 1a (x—1)> +(y—1)> =1
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hay x>+ 3> -2x -2y +1=0.

DANG 4. TUONG GIAO CUA PUONG THANG VA PUONG TRON

Dang 4.1. Phwong trinh tiép tuyén

Cau 31:

Cau 32:

Puong tron x” + > —1=0 tiép xuc v6i dudng thing nao trong cac dudng thing dudi day?
A.3x—4y+5=0 B. x+y=0 C.3x+4y-1=0 D. x+y-1=0
Loi giai
Chon A
x*+)*=1=0 c6 tim 0(0;0),R=1.
Diéu kién dé duwong thang tiép xiic véi dwong tron la khodng cdch tir tam t6i dwong thang bang
ban kinh.
Xét dap an A:

30-4.0+5 :
A:3x—4y+5:O:d(O,A):Q:I:R:A tiép xtc voi dudng tron.

N3+ 4

Puong tron nao sau day tiép xuc voi tryuc Ox:

A. x*+y*=10x=0. B. X’ +)°-5=0.

C. x’+y*=10x-2y+1=0. D. x*+)° +6x+5y+9=0.
Loi giai

Chon D

Pudng tron (C)tiép xtic véi truc Ox khi d(1,0x)=R vé6i I va R lan luot 1a tAm va ban kinh

cua dudng tron (C).

CPuong tron: x” + »° —10x =0 < (x—=5)’ + »* =25 ¢6 tm (5;0), ban kinh R =5,
d(LOx)=0. Suyra: d(/,0x)# R. Vay (C) khong tiép xtic véi truc Ox.

= khong phai 1a phuong trinh dudng tron.

[1.Xét phuong trinh dudng tron: x* +y* —5=0 co6 7(0;0) va R = Js, d(1,0x)=0.

Suy ra: d(1,0x)# R. Vay (C) khong tiép xtc véi truc Ox.

[1Xét phuong trinh dudng tron: x° + > —10x—2y+1=0co 1(5;1) vaR=35 ,d(I,Ox) =1.
Suy ra: d(1,0x)# R. Vay (C) khong tiép xtc véi truc Ox.

[1Xét phuong trinh dudng tron: x>+ y° +6x+5y+9=0 co I(—3;—§j va R=

5 5
2,d(10x) =2
24 (10%) =3

.Suyra: d(1,0x)=R. Vay (C)tiép xtc véi truc Ox
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Cau 33:

Cau 34:

Cau 35:

Trong mit phing véi hé toa do Oxy, cho duong tron (C):x* +y° —2x—4y+3=0. Viét phuong
trinh tiép tuyén 4 cua duong tron (C) biét tiép tuyén do6 song song véi duong thang
A:3x+4y+1=0.
A 3x+4y+5V2-11=0; 3x+4y—5J2+11=0.
B. 3x+4y+5v2-11=0, 3x+4y—-542-11=0.
C.3x+4y+5Y2-11=0, 3x+4y+5/2+11=0.
D. 3x+4y-5V2+11=0, 3x+4y—5vJ2-11=0.
Loi giai
Chon B
(C):x*+y” =2x-4y+3=0 < (x-1)" +(y-2) =2.
Do d6 duong tron ¢ tam / =(1;2) va ban kinh R =2.

Do d song song voi dudng thing A nén d c6 phuong trinh 1a 3x+4y+k=0, (k=1).

Ta ¢ d(z;d)zRQM:ﬁ©|u+k|=5\E© Hek=52 _[k=52-11
V4 1+k=-5v2  |k=-5V2-11

Vay ¢6 hai phuong trinh tiép tuyén can tim 1a 3x+4y+5v2-11=0, 3x+4y-5J2 -11=0.
Cho duong tron (C) x* 4+’ —2x—4y—4=0 va diém A(I;S). Puong thing nao trong cic
dudng thang dudi day 1a tiép tuyén cla duong tron (C) tai diém 4.
A. y-5=0. B. y+5=0. C.x+y-5=0. D. x—y-5=0.
Loi giai
Chon A
Duong tron (C) c6 tam 1(1;2) = I4=(0;3).
Goi d 1a tiép tuyén ctia (C) tai diém 4, khid6 d diqua 4 vanhan vecto 14 1a mot VTPT.

Chon mét VTPT cia d la n, =(0;1).

Vay phuong trinh duong thang d1a y—5=0.

Cho duong tron (C) :x’ +y* —4=0 vadiém A(—I;Z). Puong thiang nao trong cac dudng thing
duéi day di qua A4 va la tiép tuyén cta duong tron (C)?
A. 4x-3y+10=0. B. 6x+y+4=0. C.3x+4y+10=0. D.3x—-4y+11=0.

Loi giai
Chon A

Buong tron (C) c6 tam 1a gbc toa do 0(0;0) va co ban kinh R=2.

Ho duong thang A qua A(-1;2):a(x+1)+b(y—-2)=0,véi a’ +b> #0.
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Cau 36:

Cau 37:

Diéu kién tiép xtic d(O;A) =R hay M=2 e (a-2b) =4(a*+b°)
Ja’ +b’
5 a=0
<3a” +4ab=0& .
a=-4b

Véi a=0,chon b=1tacod A :y—-2=0.
V6i 3a=-4b,chon a=4 va b=-3 tacd A2:4(x+1)—3(y—2)=0<:>4x—3y+10=0.

Nhién xét: Thyc ra bai nay khi thay toa do diém 4 (—1; 2) vao cac duong thang & cac phuong an
thi ta loai C. va D. Tinh khoang cach tir tim ctia dudng tron dén duong thang thi chi c6 phuong
an A. thda.

Trong mit phang Oxy, cho dudng tron (C):(x —1)2 +(y— 4)2 = 4. Phuong trinh tiép tuyén voi
dudng tron (C) song song véi dudng thing A:4x—3y+2=0 1a

A. 4x-3y+18=0. B. 4x-3y+18=0.

C. 4x-3y+18=0;4x-3y—-2=0. D. 4x-3y-18=0;4x-3y+2=0.
Loi giai

Chon C

Pudng tron (C):(x—1)"+(y—4)" =4 cotam 7(1;4) vabankinh R=2.
Goi d la tiép tuyén cua (C).
Vi d//A nén duong thang d:4x=3y+m=0(m=2).

[4.1-3.4+m|
o—1=2

d 1a tiép tuyén ciia (C) < d(];(d)) =R
42 +(-3)’

m=18

<:>|m—8|:10<:{
= —

Viy ¢6 2 tiép tuyén can tim : 4x -3y +18=0;4x-3y-2=0.

S6 tiép tuyén chung ctia 2 dudong tron  (C):x*+)"-2x+4y+1=0 va
(C'):x2+y2+6x—8y+20=01é
Al B.2. C. 4. D. 3.
Loi giai
Chon C

Duong tron (C):x2+y2—2x+4y+l:0 co tam I(l;—2) ban kinh R=2.
Duong tron (C'):x2+y2+6x—8y+2020 co tam I'(—3;4) ban kinh R'=+/5.

I'=213.
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Cau 38:

Cau 39:

Cau 40:

Vay II'> R+ R' nén 2 dudng tron khong c6 diém chung suy ra 2 dudng tron c6 4 tiép tuyén
chung.

Viét phuong trinh tiép tuyén ciia duong tron (C): (x—2)> +(y +4)* =25, biét tiép tuyén vuong
goc voi duong thing d:3x—4y+5=0.

A. 4x+3y+29=0. B. 4x+3y+29=0 hodac 4x+3y—-21=0.

C. 4x-3y+5=0 hoac 4x—-3y—-45=0 D. 4x+3y+5=0 hodc 4x+3y+3=0.
Loi gidi

Chon B

Duong tron (C):(x—2)" +(y+4)> =25 c¢6 tam /(2;—4),bankinh R=5.

Puong thing A vudng goc voi dudng thing d:3x—4y+5=0 c6 phuong trinh dang:
4x+3y+c=0

[42+43.(4)+c| 5
V4 +3?

. Vay c6 hai tiép tuyén can tim la: 4x+3y+29=0 va

A 1a tiép tuyén cua duong tron (C) khi va chi khi: d(I;A)=R <

c—4=-25

<:>|C_4|:25<::{c—4=25 <::>[c:29
c=—

4x+3y-21=0.

Trong mt phing toa do Oxy, cho dudng tron (C)cé phuong trinhx* + y* —2x+2y-3=0. Tur
diem A(1;1)ké duge bao nhiéu tiép tuyén dén dudng tron (C)
A. 1. B. 2. C. v sd. D. 0.

Loi giai

Chon D

(C) 6 tam I(1;~1)ban kinh R=/1* + (1) —(-3) =+/5
Vi 14 =2 < Rnén A nim bén trong (C).Vi viy khong ké dugc tiép tuyén nao toi dudng tron
(C).

Trong mit phang Oxy , cho duong tron (C):(x- 1)2 +(y- 4)2 = 4. Phuong trinh tiép tuyén voi

dudng tron (C), biét tiép tuyén d6 song song véi duong thing A:4x—3y+2=0 1a

A. 4x-3y+18=0va -4x-3y-2=0. B. 4x-3y+18=0va 4x-3y-2=0.

C. 4x-3y+18=0va 4x-3y-2=0. D. 4x+3y-18=0va -4x-3y-2=0.
Loi giai

Chon B

Buong tron (C):(x—l)2 +(y—4)2 =4 ¢6 tam /(1;4) vabankinh R=2.
Goi d 1a tiép tuyén cua (C).

Vi d//A nén duong thing d :4x-3y+m=0(m=2).
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Cau 41:

Cau 42:

d latiép tuyén cua (C) < d(I;(d))=R< riz3dem

2

42 +(-3)
m=18
<:>|m—8|=10<:{
m=-2

Viy ¢6 2 tiép tuyén can tim : 4x—3y+18=0;4x-3y—-2=0.

Trén mit phang toa dd Oxy , cho diém P(-3;-2) va dudng tron (C):(x - 3)2 +(y- 4)2 =36.Tu
diém P keé céc tiép tuyén PM va PN t6i dudng tron (C), véi M, N 14 cac tiép diém. Phuong

trinh dudng thang MN 1a
A. x+y+1=0. B. x—y-1=0. C.x—y+1=0. D. x+y-1=0.

Loi gidi

Chon D

\

Goi [ 1a tm cua duong tron, ta c6 toa d tam /(3;4).

_2 N

Theo dé ra ta c6 i gidc IMPN 1a hinh vuéng, nén duong thing MN nhan IP = (~6;-6) lam
VTPT, dong thoi duong thang MN di qua trung diém K (O; 1) cua /P . Vay phuong trinh
duong thang MN: 1.(x—0)+1.(y-1)=0 hay x+y-1=0.

Trong mat phfmg voi hé toa do Oxy, cho diém M (=3;1) va duong tron
(C):x*+y*—2x-6y+6=0.Goi T;, T, la cc tiép diém cua cac tiép tuyén ké tr M dén. Tinh
khoang cach tir O dén duong thang 7,7,

D. 242.

3
A.S. B. 5. C. —.
A5
Loi gidi
Chon C
+(C):x+y* —2x-6y+6=0< (x—1) +(y—3) =4 suyracotam [vaR =2

+ Phuong trinh duong thang d di qua M (=3;1) ¢6 phuong trinh: 4(x+3)+B(y-1)=0.
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d 1a tiép tuyén voi dudng tron khi va chi khi d (1;d)=R.

|A+3B+34-B| ) A4=0
= ta c6 phuong trinh: =2<34"+44B=0<
JA* + B2 34=-4B

+V6i A=0,chon B =1, phuong trinh tiép tuyén thir nhét 1a (dl):y =1.

Thé y=1vao (C):x’+y* —2x—-6y+6=0,taduoc tiép diém1a 7; (1;1).

+V6&i 34=-4B,chon A =-4;B =3, phuong trinh tiép tuyén thir hai 1a (d,): —4x+3y-15=0
Tiép diém Tz(x;%+5je(c) nén (x—1)" + [4; +5- 3) :4<:>x:——:>T2(——;—j.

+ Phuong trinh duong thang 7,7, :2(x—1)+1(y-1)=0<2x+y-3=0.

+ Khoang céch tir O dén duong thang 7,7, 1a: d(0;7,7,) = —— =

Dang 4.2 Bai todn twong giao

Cau 43:

Cau 44:

Trong mit phang véi hé truc toa dd Oxy , cho hai dudng tron (C,),(C, ) c6 phuong trinh lan lugt
1 (x+1)> +(y+2)> =9 va (x—2)? +(y—2)* = 4 . Khéng dinh ndo duéi day 14 sai?

A. Duong tron (C )cé tam /| (—1;—2) vabankinh R =3.

B. Duong tron ( ) co tam 7, (2;2) vabankinhR, =2.

C. Hai dudng tron (C,),(C,) khong cé diém chung.

(€
D. Hai duong tron (C,),(C,) tiép xtic véi nhau.
Loi giai
Chon D
Ta thiy dudng tron (C,)co tam I(—1;-2) vabankinh R =3. Puong tron (C,) c6 tim

I1,(2;2) vabankinh R, =2.

Khido: 5=R +R, =11, = \/(2+1)2 +(2+2)’ =5=(C,) va (C,) tiép xtic nhau.

Tim giao diém 2 dudng tron (C,): x*+y* =4 =0 va (C,):x*+y* —4x—4y+4=0,

A.(2;2) va (-2-2). B.(0;2) va (0;-2). C.(2;0)va (-2;0). D.(2;0) va (0;2).
Loi giai

Chon D

Giao diém 2 duong tron 1 nghiém ciia hé phuong trinh sau:

X +y'=4=0 Xyl=4 x4y =4
L L
X+ —4x—-4y+4=0 4x+4y =8 x+y=2
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Cau 45:

2 2: — 2 2: 2— = x:2
LYty 4<:> (2-y) +y 4. 2y" -4y 0@

2 x=2-y y=2

x=0

x=2-y

Vay giao diém 2 dudng tron 1a: (2;0)va (0;2).

Trong mit phang véi hé truc Oxy, cho hai duong tron (C):(x—1)2+ y =4 va

(C"):(x—4)" +(y—3)" =16 cht nhau tai hai diém phan biét 4 vi B.Lap phuong trinh duong

thang AB

A.x+y-2=0. B. x—y+2.=0 C.x+y+2=0. D. x—y-2=0.
Loi giai

Chon A

Cach 1: Xeét hé

(x—1)2+y2=4 @{ x*+y*=2x-3=0
(x_4)2+(y_3)2=16 ¥ +yP—8x—6y+9=0
R G
- y=2-x - y=2-x - 2 24 2
¥ (2-x) —2x-3=0  [2x°—6x+1=0 L3V y_1+ﬁ
2 72

2 2 2

3447 1—\ﬁJ B(ﬂ 1+ﬁJ
o , , .

Suy ra A[

(C) c6 tam O(1;0), (C') c6 tim O'(4;3) = 00’ =(3;3)

Nén duong thing AB qua A vanhan n(1;1) 1a vécto phap tuyén.

Phuong trinh: 1(x—3+2\/7}r1(y_¥}:0<:>x+y—2:0. Chon 4.

Cich 2: Gia sit hai duong tron (C):(x—1)"+y* =4 va (C'"):(x—4)’ +(y-3)’ =16 cit nhau

tai hai diém phan bi¢t 4 va B khi d6 toa do cua 4 va thda man hé phuong trinh:
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Cau 46:

Cau 47:

(x=1)"+y" =4 @{x2+y2—2x—320 )
(x=4) +(y-3) =16 (¥ +)"-8x=6y+9=0 (2)

Lay (1) trir (2) ta duge: 6x+6y—12=0< x+y—2=0 la phuong trinh duong thang di qua 2
diém 4 va B

Cho dudng thing A:3x—4y—19=0 va duong tron (C):(x—1) +(y—-1)" =25. Biét duong
thang A cét (C) tai hai diém phan biét 4 va B, khi d6 do dai doan thang AB 1a

A. 6. B. 3. C.4. D. 8.
Loi giai

Chon A

Tr A3x-4y-19=0=y :%x—lg(l).

Thé (1) vao (C) ta dugc

3 23

(x—1)2+(zx—TJ2 =25

25 , 8 145
— X ——x+—=0& 29.
16 8 16 X=—

H x, =l=>y, =-4=4(1;-4).

29 2 29 2
+) XB:?in:—ng ?,—g .

2 2
Do dai doan thang AB:\/[?—I) +(—%+4j =6.

Trong mit phang toa dd Ozy cho dudng tron (C) ¢6 tim I(1;—1) ban kinh R=5. Biét ring
duong thang (d):3z-4y+8=0 cdt duong tron (C) tai hai diém phén biét A, B. Tinh d6 dai
doan thang AB .
A. AB=8. B. AB=4. C. AB=3.. D. AB=6.

Loi giai
Chon A
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Cau 48:

Cau 49:

AmB

Goi H 1a trung diém cta doan thing AB.Tacdé IH L AB va

3.1-4.(-1)+8
i =a(r,ap)<LA D
3’ +(—4)

Xét tam gidc vudbng AHI tacd: HA> =IA*—IH* =5 -3 =16 => HA=4= AB=2HA=38§

Trong mit phing véi hé truc toa do Oxy, cho dudng tron (C) 6 phuong trinh

2

(x—2)2 +(y+2)2 =4 va dudng thang d :3x+4y+7=0.Goi 4,B la cac giao diém cta duong
thang d véi duong tron (C). Tinh d¢ dai ddy cung 4B .
A. AB=4/3. B. AB=245. C. AB=2./3. D. AB=4.
Loi gidi
Chon C
Duong tron (C) co tam 1(2; —2) ban kinh R=2.

+4.(-2)+7]
V344

d(I,d)= 2 =1<R=2nén d cit (C) tai hai diém phan biét.

Goi A, B 1a cac giao diém ctia duong thang d voi duong tron (C )

AB=2JR* —d*(1,d) =23

Trong mét phang véi hé toa d Oxy, cho diém A(3;1), duong tron (C):x*+y*—2x—-4y+3=0

. Viét phuong trinh tong quét clia dudng thang d di qua 4 va cat dudng tron (C) tai hai diém

B, C sao cho BC=2\/§.

A.d:x+2y-5=0. B.d:x-2y-5=0. C.d:x+2y+5=0. D.d:x-2y+5=0.
Loi giai

Chon A

Pudng tron (C)cd tam 7(1;2) va ban kinh R =1 +2% -3 =+/2.

Theo gia thiét duong thing d di qua A4 va cit duong tron (C) tai hai diém B, C sao cho
BC=2V2.
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Cau 50:

Cau 51:

Vi BC =2+/2 =2R nén BC la dudng kinh cta duong tron (C)suy ra duong thang d di qua
tam /(1;2)

Ta chon: u, = I = (2-1)= n, = (1,2).

Vay duong thing d di qua 4(3;1) va co VTPT n, =(1;2) nén phuong trinh tong quét cia
duong thang d 1a: 1(x—3)+2(y—1)=0 S x+2y-5=0.

Trong mit phang véi hé truc toa d Oxy , cho hai dudng tron (C,),(C, ) c6 phuong trinh lan luot

1a (x+1)* +(y+2)* =9 va (x—2)* +(y—2)* = 4. Viét phuong trinh duong thing d’ di qua gbc

toa do va tao voi duong thang ndi tAm cia hai dudng tron mot goc bang 45°.

A.d :x=T7y=0hoac d":7x+y=0. B.d":x+7y=0hoac d':7x+y=0.

C.d :x+7y=0hoac d':7x—y=0. D.d :x—7y=0 hodc d':7x—y=0.
Loi giai

Chon A

Toa d6 tim I, cua dudng tron (Cl)léli I, (—1;—2) .
Toa d9 tam I, cta dudng tron (C,)la: 1,(2;2).
Ta co: f];(3;4) . Goi d,d’ 1an luot 1a dudng thang ndi tAm cia hai duong tron da cho va

dudng thing can 1ap. Chon mét vecto phap tuyén cua duong thing d 1a: n, (4;-3). Goi

n, (a;b), a® +b* #01a mot vecto phap tuyén ciia duong thingd' .

2 |[4a —3b| V2
C> [

Theo dé cos(d,d") = % =S ‘cos(nd,nd,)

2 Bl 2

a=7b#0
< T7a’°—48ab-7h" =0 & 1 .
a=—7b¢0

Vi a:—%bio,chon b=-7= a=1. Phuong trinh dudng thiang d':x—7y=0.

V6i a=7b#0, chon b=1=>a="7.Phuong trinh dudng thiang d': 7x+y =0.

Trong mit phang toa dd Oxy cho diém I(l; 2) va duong thing (d) :2x+y—5=0. Biét rang c6
hai diém M,, M, thudc (d) saocho IM,=IM, = J1o. Tdng cac hoanh do ciia M, va M, 1a

A. Z B. E C. 2. D. 5.
5 5
Loi giai
Chon B
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Cau 52:

= M, M, €(C):(x-1)" +(y-2)" =10.

{IM, = IM, =10

1(1;2)
Mit khac, M, M, thudc (d):2x+y—5:0 nén ta co toa do M,, M, la nghiém cia hé

{(x—l)2+(y—2)2 ~10 (1)

2x+y-5=0 (2)

(2) < y=-2x+5, thay vao (1) tacod 5x’ —14x=0<| 4.
x=—

5

Goi x,, x, lan lugt 1a hoanh do ctia M, va M, = x, +x, =0+%=%.

Trong hé toa dd Oxy, cho duong tron (C) c6 phuong trinh: x* + y* —4x+2y—15=0.7 la tim
(C), duong thing d di qua M (1;-3) cit (C)tai 4,B. Biét tam gidc [4B c6 dién tich 1a 8.

Phuong trinh dudng thang d 13: x+by+c=0. Tinh b+c
A. 8. B. 2. C. 6. D. 1.
Loi giai

Chon B

(C) c6 tam I(2;-1), bankinh R =2+/5.

bat h=d(I,4B).Taco: S, =%h.AB =8= h.AB =16.

2
Mit khac: R’ =h2+AB =20
h=4 |h=2
Suy ra: ;
AB=4 | AB=8

Vid diqua M(;-3)nén 1-3b+c=0=3b-c=1=c=3b-1
2—b+c |2-b+3b-1] |1+2p]

V&i h=4= = =bed
Jispr 1w 1R
Véi o2 2-b+c| [2-b+3b-1| |1+2b|:>b 3 oS i pieen
= = = f—t = — C=— C= 4.
J1+b’ NI+b® 148 4 4
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Céu 53: Trong mit phang Oxy cho tam gidc ABC c6 dinh A(S; 5) , truc tam H(—1;13) , duong tron ngoai

tiép tam gidc c6 phuong trinh x* +)° =50. Biét toa d6 dinh C(a;b), v6i a<0. Tong a+b

bang
A. 8. B. 8. C.6. D. 6.
Loi giai
Chon D
A
g
: ;; -
’ \i/c

E

Goi K 1a chan dudng cao ha tir 4 cua tam giac ABC, goi E la diém dbi ximg voi H qua K
suy ra E thudc dudng tron ngoai tiép tam giac ABC .

Ta c6 AH = (—6;8), chon U,y = (3;-4).

, . =5+3¢
Phuong trinh duong thang AH qua A & dang tham so {x 5—ds
y=9o-
K e AH suy ra toa do diém K c6 dang K (5+31;,5—4¢)
H va E d6i xtmg nhau qua K suy ratoa do E theo ¢ la E(11+6t;-3—8¢)

Ee(C) = (11+6t) +(-3-8)° =50

o 5t2+9t+4 =0
t=-1
< 4
f=—
5

V6 t=-1, E(55)

e -2 p[30T) (B
5 55 5°5

Phuong trinh duong thing BC 6 u,. =n,, =(4;3)va qua diém K c6 phuong trinh tham s6
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—E+4t
5 =CeBC=C E+4tﬂ 3t .
—ﬂ+3t > >
Y 5
2 2
Ce(C) = (%+4tj +(%+31j =50
= 251 + 70t + 24 =0
2
t=—==C(1,7)=(KTM)
o 5

t=_T12:>C( 71)

Viy C(a;b)=C(-T;1)=>a+b=—6.

Céiu 54: Trong mit phang Oxy, cho AABC ndi tiép duong tron tam (2; 2), diém D 1a chan dudng
phan giac ngoai cua goéc BAC. Puodng thing AD cit duong tron ngoai tiép A ABC tai diém thir
hai 1a M. Biét diém J(-2; 2) 1a tam dudng tron ngoai tiép A ACD va phuong trinh dudng thing
CMla: x+y-2=0. Tim téng hoanh d¢ cua cac dinh 4, B, C cua tam giac 4BC.

A.g. B. E C.g. D.g.
5 5 5 5
Loi giai
Chon A
D
Ta co:

BCM = BAM (1)
BAM = MAT = DAC (2)

— e~ e~~~

CDA= ACM , do d6 MC 1a tiép tuyén ctua dudng tron ngoai tiép tam gidc ACD c6 tam J nén
JC L MC . Hay C 1a hinh chiéu ctia J 1én duong thang CM .

Puong thang qua J va vudng goc voi CM ¢ phuong trinh:

(x+2)—(y—2):O<:>x—y+4:O
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= C(-1;3).

o . o oo x+y=2 x=-1
Toa d¢ diém C la nghiém cua h¢: &

x—y=-4 y=3
AC l1a duong thing qua C va vudng goc v6i J (—4; 0) nén c6 phuong trinh: x+1=0.

a=1

Do d6 toa do diém A c6 dang A(-1;a). Taco 14> =IC? <:>9+(a—2)2 :9+1<:{
a=

Vi A4#C nén A(-1;1).
Toa d¢ diem M c6 dang M (m; 2—m). Ta co

m=-1

IM2:ICZ<:>(m—2)2+m2:10<:>m2—2m—320<:>{ 3
m=

Vi M #C nén M(3;-1).
BC 1a duong thang qua C va vudng goc voi MI (—1; 3) nén c6 phuong trinh:
—(x+1)+3(y—3)=0c>x—3y+10=0.

Toa d¢ diém B c6 dang B(3b-10; b). Ta cd
b=3
B*=IC* & (3b-12) +(h-2) =10 = 23
5

Vi B#C nén B[Q,éj
5°5

Vay téng hoanh d0 cua cac dinh 4, B, C la —1 —1+% = % .

Ciu 55: Trong mit phing toa d6 Oxy, cho hai dudng thang (A):x+3y +8=0; (A’) :3x—4y+10=0
va diém A(—2;1). Dudng tron 6 tm (a;b) thude duong thang (A).di qua A4 va tiép xtc voi
duong thang (A'). Tinh a+b.

A. —4, B. 4. C.2. D. 2.
Loi gidi
Chon D
Vi I €(A) nén a+3h+8=0«a=—8-3b. ‘
Vi duong tron di qua 4 va tiép xtic voi dudng thing ( A ) nén: 4

<:>w:\/(—2—a)2+(1—b)2 (1). \
A

Thay a =—8—3b vao (1) ta co: N
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Cau 56:

3(-8-3p)-4p+10] ;
5

& |14 13| = 5100 4 34b+37

J(=24+843b) +(1-b)

& (—14—13b)° =25(10b" +34b+37)

= 81b* +486b+729=0 < b=—3.
Voib=-3<a=1.
at+b=-2.

Trong mit phiang véi hé toa do Oxy, cho dudng thang d :3x—4y—1=0 vadiém I(1;—2). Goi
(C ) 1a dudng tron ¢ tim 7 va cit dudng thang d tai hai diém 4 va B sao cho tam giac I4B c6

dién tich bang 4. Phuong trinh duong tron (C ) la

A. (x—l)2 +(y+2)2 =8.B. (x—l)2 +(y+2)2 =20.

C. (x=1) +(y+2) =5.D. (x=1)" +(y+2) =16.
Loi gidi

Chon A

Ta co:
IH:d(I;d):Z.

28, 24

SMAB:%IH.AB:AB: =-=4= Al =2

— R=IA=AH? +IH> =22 +2% =22 .
=(C):(x=1)" +(y+2)" =8.

DANG 5. CAU HOI MIN-MAX

Cau 57: Cho duong tron (C):x2 +y? —2x—4y—4=0 va diém M(2;1) . Day cung cua (C) di qua diém

M ¢ d6 dai ngan nhét 1a
A. 6. B. V7. C. 37, D. 247.

Loi giai

Chon D
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Taco (C):x*+)* —2x—dy-4=0(C):(x—1)" +(y—2)" =9nén c6 tam 1(1;2),R=3
Vi IM =2 <3=R.

Goi d 1a duong thing di qua M cét dudng tron (C ) tai cac diém 4, B. Goi J 1a trung diém
cua AB. Taco:

Tach: AB=2A4J =2NR* —1J> > 2 R* —IM? =2/9—2 =247 .

Céu 58: Trong mit phang toa do Oxy, cho hai diém A(0;-3), B(4;1) va diém M thay déi thudc duong
tron (C): x> +(y—1)*> =4. Goi P 1a gia tri nho nhit cua biéu thirc P = MA+2MB . Khi d6 ta

min

co P thudc khodng nao dudi day?
A. (7,7:8,1).. B. (7,3;7,7).. C. (8,38,5).. D. (8,1;8,3).
Loi giai:
Chon: D.

-

A

Duong tron (C): x” +(y—1)> =4¢6 tam I(0;1) ban kinh R=2.
IA =IB=4> Rnén A, Bnim ngoai duong tron.

Goi N la giao diém ctia IA va duong tron(C)
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Trén doan IN lay diém P sao cho IP = %IN — IP= iﬁ — P triung v6i gdc toa do.

Tacc')AIAM~AIMP:%:%:&:2:>MA:2MP.
MpP IP [P

Do d6 P =MA+2MB =2MP+2MB>2PB= P, =2PB=217 = P, €(8,1;8,3).

Chon. D.

Cau 59: Trong mit phing véi hé toa dd Oxy, cho dudng tron (C):x” +y” —2x—4y+3=0. Tim toa d0

diém M (xo; yo) nam trén duong tron (C ) sao cho T = x, +y, dat gia tri I6n nhat.
A M(2;3). B. M (0;1). C. M(21). D. M(0;3).
Loi gidi

Chon A

(C):x* +y* —2x—4y+3=0, (C) cotam 7(1;2), R=~2.

Suyra (C):(x-1) +(y-2) ~2=0.

Co T=x,+y,=(x,-1)+(y,-2)+3.

Ap dung bat ding thic B. C.Scho 2 bo s6 (1;1),((x0 —1);(y0—2)).

=1+ Go=2)f 2 (51 (0=2) | =200 (3, -1) (3, -2) =2.

x,—1)+(y,-2)+3<5=1<T<5.

—_

= -2<(x,—1)+(y,-2)<2 =12

(xo_l):(yo_z)

Dau déang thirc xay ra khi 5 R .
(x,=1) +(y,—2) =2

2 x, —1= x,=2,y,=3T=35
=(x —1) =1=| ° = ° 0 .
(%-1) L ~1=-1 |:x0=0,y0=1,T=1

0
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Cau 60:

Véay maxT =35 khi x, =2,y =3.

Trong mit phang Oxy, cho diém M nam trén dudng tron (C) :x*+3*+8x—6y+16=0. Tinh

d6 dai nhé nhét cia OM ?
A. 3. B. 1. C.5. D. 2.
Loi giai 1

Chon D
buong tron (C) c6 tam /(—4;3), ban kinh R=3.

x=-4t

Ta co Of = (—4;3) suy ra phuong trinh dudng thang OI 1a { .
y =

OIF\(C) = {M} Toa do (x;y) cua M la nghiém hé

=8 |22

X412 48x—6y+16=0  [252—50t+16=0 5 5
32 -8

x =4t S <x=-4¢ = x:Tv x=?
y =3t y =3t 4 6
I LA

Suyra M, (—Q;EJ,M2 (—§,gj
55 55
2 2 2 2
T o6 OM, - J(_% () <som= 5] 4] 2= 0my-om 22

Cach 2

buong tron (C) c6 tam /(—4;3), ban kinh R=+/4’+3%-16 =3.
Phuong trinh duong thing OF di qua 0(0;0) c6 vipt 7(3;4) la:
3x+4y=0.

Toa do M =OI N(C) 1a nghiém cua hé:

3x+4y=0 - YT YT
X'+’ +8x—6y+16=0 ) 24

2 2 2 2
Ta co OMlz\/[%J -}-(2‘5—4) :8,OM2= (%j -I-(gj =2Vé.y OMmin:2.
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Cau 61:

Cau 62:

Goi I la tam cua dudng tron (C): (x—l)2 +(y—1)2 = 4. S6 cac gia tri nguyén cia m dé duong
thing x+y—m=0 cat duong tron (C ) tai hai diém phan biét 4, B sao cho tam giac I4B c6

dién tich 1on nhat 1a
A. 1. B. 3. C.2. D.o.
Loi giai

Chon C

Goi: d:x+y-m=0;tam ctia (C) 1a 1(1;1), dé d N(C) tai 2 phan biét khi do:
0<d(7; d)<2<—>0<|2\/§ |<2<—>2 2\/§<m<2+2\/_()

1 1 o 1
Xét AIAB co: Sy, = E.IA.IB.sm AIB = E.Rz.sm AIB < E.RZ

DAu “=" xay ra khi: sin AIB =1<> AIB=90" = AB =22

_ 2-m| m=0 (TM)
=d(l;d)= Vol 1-ho m=4 (IM)

2

Diém ndm trén dudng tron (C):x” +y* —2x+4y+1=0 c6 khodng cach ngén nhat dén duong
thang d:x—y+3=0 cd toa dd M (a;b). Khing dinh nao sau day ding?
A.V2a=-b. B.a=-b. C.\2a=b. D.a=b.
Loi gidi
Chon C

DBuong tron (C) c6 tim /(1;—2), ban kinh R=2.

Goi A 1a duong thang qua / va vudng goc voi d. Khi do, diém M can tim 12 mot trong hai

giao diém cta A va (C).

Ta c6 phuong trinh A:x+y+1=0.
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Caiu 63:

Cau 64:

x+y+1=0 y=-x-1
Xethé: ¢ = 5 5
X +y -2x+4y+1=0 (x—l) +(y+2) =4
I x=1+2
y=-x-1 y=—x-1 y=-2-2
<~ f—g <
2(x=1y=4 " |x=1£42 | [x=1-42
i y:—2+\/§

Véi B(1+42;-2-V2) = d(B,d)=2+3V2
V6i C(1-v2;-24+2) = d(C.d)=—2+3V2 <d(B,d)
Suy ra M(l—ﬁ;—2+ﬁ):>a=1—ﬁ;b=—2+\5=\6(1—ﬁ)=ﬁa.

Cho tam giac ABC c6 trung diém cia BC 1a M (3; 2) , trong tim va tim dudng tron ngoai tiép

tam gidc lan luot 1a G(%;%j,](l;—z) . Tim toa d¢ dinh C, biét C c6 hoanh do 1én hon 2.

A. C(9;1). B. C(S;l). C. C(4;2). D. C(3;—2).
Loi giai
Chon B
Vi GA=-2GM nén A 1a anh cua diém M qua phép vi
twtdm G, tisb -2, suyra A(—4;-2). c

Puong tron ngoai tiép ABC c¢6 tdim [, ban kinh
R=14=5 c6 phuong trinh (x—3)2 +(y—2)2 =25.

A4

Taco IM =(2;4).

Puong thing BC di qua M va nhan vecto IM 1am vecto
phép tuyén, phuong trinh BC la:
1(x=3)+2(y-2)=0=x+2y-7=0.

Diém C 1a giao diém clia duong thing BC va dudng tron (I;R) nén toa d¢ diém C 1a nghiém

(x=3) +(y-2) =25C{x=1,y=3

cua hé phuong trinh: {
x=5y=

x+2y-7=0
Déi chiéu diéu kién d¢ bai ta c6 toa do diem C(5;1).
Trong mit phing toa d Oxy, cho dudng tron (C):x* +y* —2x—4y-25=0 vadiém M (2;1).

Day cung cua (C) diqua M c6 d¢ dai ngén nhét la:

A. 247 B. 16v2. C. 82. D. 4/7.

Page 31



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG
Loi giai

Chon D

+) (C) ¢6 tam 1(1;2), ban kinh R =+/30
+) AB1a ddy cung cua (C) di qua M

+) Tacd ABmin < AB L IM .
That vay, gid st CD la ddy cung qua M va khong vuong goc voi IM .

Goi K 14 hinh chiéu cua 7 1én CD ta co:

AB =2AM =214 — IM? =2\ R? — IM?

CD =2KD =2\ ID* —KD?* = 2JR* — IK?
Do tam giac /MK vudng tai K nén IM > IK .

Viy CD > 4B.

B Taco: IM =(2-1) +(1-2)} =2
MA=NR>—IM* =30-2 =28 =27
— AB=2MA=47 .

Céu 65: Cho céc sb thuc a,b,c,d thay ddi, luon thoa man (a—1)" +(b-2)" =1 va 4c—3d-23=0. Gi4

tri nho nhit cta biéu thirc P = (a — 0)2 + (b — a’)2 la:

A. P, =28. B. P, =3. C.P, =4. D. P, =16.
Loi giai

Chon D

Xét tap hop diém M (a;b) thoa man (a - 1)2 + (b - 2)2 =1 thi M thudc duong tron tam

I1(1;2);R=1

Xét diém N(c;d)thoa min 4c —3d—23 =0 thi N thudc dudng thing c6 phuong trinh

4x-3y-23=0.

Ta thiy d(I;d) = |4_6T_23 =5> R =1. Do d6 duong thang khong cit duong tron.
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—4 1

Puong thing qua / vudng goc v6i d tai L va cit duong tron & 7, K (K & gitta T va L)
V& tiép tuyén tai K cat MN tai P.

C6 KL< PN <MN,ma KL :d(l,d)—R

Do d6 MN ngan nhat khi MN = KL

Tir day tasuyra P=(a—c) +(b—d)’ = MN? bé nhit khi va chi khi
MN =d(I;d)~R=5-1=4. Vay gi tri nh nht P, =16

min

Céu 66: Trong mit phang toa dd Oxy, cho dudng tron (C): (x—l)2 +(y —2)2 =4 va cac duong thang
d:mx+y-m—-1=0, d,:x—my+m—1=0. Tim céc gi4 tri cia tham s m dé mdi duong thang
d,,d, cit (C)tai 2 diém phan biét sao cho 4 diém d¢ 13p thanh 1 t&r gidc c6 dién tich 16n nhat.

Khi d6 tong cua tat ca cac gia tri tham sd m 1a:

A. 0. B. 1. C.3. D. 2.
Loi giai
Chon A
, 1(1;2)
Taco (C)
R=2

Ta d& thiy duong thing d, va d, cit nhau tai diém M (1;1) ¢6 dinh nim trong dudng tron (C)
va d, L d,.Goi 4,B 1a giao diém cua d, va (C), C,D la giao diém cua d, va (C). H,K lan

luot 1a hinh chiéu ctia  trén d, va d,

Khi do
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S isep = lABCD 24H.CK = 2\/}22 [d(1,d,)] \/R2 [d(1.d,)T

{ / 4m +3 3m2+4 2 2
_y 4_ _2\/ )s4m +32+3m +4:7
m* +1 m-+1

Do d6 max S ., =7 khi m=+1.Khi d6 tong cac gia trj ciia m bang 0.
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CHUONG |

PHUONG PHAP TOA PO
TRONG MAT PHANG

IX

BAI 4. BA PUONG CONIC TRONG MAT PHANG TOA PO

<0> LY THUYET.

1. ELIP

- Cho hai diém c6 dinh va phan biét F, F,. Pat FF, =2¢>0. Cho s6 thuc a 1én hon c. Tap
hop céc diém M sao cho MF, + MF, =2a dugc goi 1a duong elip . Hai diém F,, F, duoc goi la
hai tiéu diém va F F, = 2c dugc goi 14 tiéu cu cua elip do.
- Trong mit phang toa do Oxy, elip c¢6 hai tiéu diém thudc truc hoanh sao cho O 1a trung diém
2 2

ctia doan thing ndi hai tiéu diém dé thi c6 phuong trinh x_2 + 2}—2 =1,v6i a>b>0.(2)

a
Nguogc lai, méi phuong trinh c6 dang (2) déu 1a phuong trinh cua elip c6 hai tiéu diém
F, (— a’ —bz;O), Fz( a’ —b2;0) , tidu cu 2¢=2+a’ —b* va téng cac khoang cach tir mdi
diém thudc elip d6 t6i hai tiéu diém bang 2a.
- Phuong trinh (2) duoc goi 1a phuong trinh chinh tic cia elip twong img.

2 2

*Tinh chit va hinh dang cia Elip: Cho elip c6 phuong trinh chinh tic x_2+2/_2 =1,vé6ia>b>0.
a

e Truc dbi xtmg Ox, Oy

e Tam ddi ximg O .

e Tiéu diém F, (—c;0), F,(c;0).

e Toa d cac dinh 4 (—a;O), Az(a;O), B (O;—b), B, (O;b).

e D¢ dai truc 16n 2a. D6 dai truc bé 2b.

e Noi tiép trong hinh chit nhat co s& c6 kich thudce 13 2a va 2b.

A . C
e Tamsal e=—<1.
a

. \ A a A a
e Hai duong chuan x== va x=-=.
e e

o M(x;y)e(E).Khido MF =a+ex: ban kinh qua tiéu diém trai.
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MF, = a—ex : ban kinh qua tiéu diém phai.

2. HYPEBOL

Trén mat ph'fmg, néu hai thiét bi dat tai cac vi tri F, F, nhan dugc mdt tin hiéu 4m thanh cung
ltc thi vi tri phét ra tin hi¢u cich déu hai diém F, F,, va do d6, nam trén duong trung tryc cia

doan thiang FF, .

AM

-
-

Cho hai diém phan biét ¢ dinh F, F,.bat F|F, =2c. Cho s6 thuc duong a nho hon c. Tap
hop céc diém M sao cho |MF, — MF,|=2a dugc goi la duong hypebol . Hai diém F,, F, dugc
goi 14 hai tiéu diém va FF, =2c dugc goi 1a tiéu cy cua hypebol do.

Trong mat phéng toa do Oxy, hypebol c6 hai tiéu diém thudc truc hoanh sao cho O 1a trung diém

2 2

, 2 Aeq oo 2.2 TR \ X X
cua doan thang ndi hai ti€u di€m do thi ¢6 phuong trinh — —Z—Z =1,voi a,b>0.
a

Nguoc lai, mdi phuong trinh c6 dang (4) déu 1a phuong trinh cua hypebol c6 hai tiéu diém
F (—\/a2 +b2;0), F (\/a2 +b2;0), tidu cu 2x=2a® +57 va gia tri tuyét dbi cia hiéu cic
khoang cach tir mdi diém thudc hypebol dén hai tiéu diém bang 2a .
Phuong trinh duogc goi 1 phuong trinh chinh tic cua hypebol trong tmg.
3. PARABOL

Cho mot diém F cb dinh va mot duong thang A ¢b dinh khong di qua F . Tap hop cac diém
M cach déu F va A dugc goi la duong parabol . Piém F dugc goi la tiéu diém, A duoc goi
1a dudng chuén, khoang cach tir F dén A duogc goi 1a tham s6 tiéu cta parabol do.
Xét (P) 1a mot parabol véi tiéu diém F , dudng chuan A. Goi H 1a hinh chiéu vuéng géc cua
F trén A. Khi d6, trong h¢ truc toa dd Oxy véi géc O la trung diém cua HF , tia Ox trung véi
tia OF , parabol (P) c6 phuong trinh

y> =2px (5 )
Phuong trinh (5) dugc goi 1a phuong trinh chinh téc ctia parabol (P).
Ngugc lai, mdi phuong trinh dang (5), véi p >0, 1a phuong trinh chinh téc clia parabol ¢6 tiéu

diém F(%;Oj va duong chudn A:x = —g .
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<‘> BAI TAP.

2 2 N n B .
Cau 1. Cho elip c6 phuong trinh ;C_e + y? = 1.Tim tiéu diém va ti€u cu cua elip

2 2 ”
Cau 2. Cho hypebol c6 phuong trinh: x7 — y? = 1. Tim tiéu diém va ti€u cy cua hypebol.

Céau 3. Cho parabol c6 phuong trinh: y? = 8x. Tim tiéu diém va duong chuin cua parabol.

Céu 4. Lap phuong trinh chinh tic cua elip di qua diém A va c6 mét tiéu diém 1a Fa.

Céiu 5. Lap phuong trinh chinh tic cta parabol di qua diém M

Cau 6. Co6 hai tram phat tin hi€u vo tuyén dat tai hai vi tri A, B cach nhau 300 km. Tai cung mdt
thoi diém, hai tram cung phat tin hiéu véi van toc 292 000 km/s dé mot tau thuy thu va do do
léch thoi gian. Tin hiéu tir 4 dén sém hon tin hiéu tir B 12 0,0005 s. Tir thong tin trén, ta c6 thé
xac dinh duoc tau thuy thudc dudng hypebol nao? Viét phuong trinh chinh tic ctia hypebol d6
theo don vi kilomét.

Céu 7. Khiic cua ctia mot con duong cé dang hinh parabol, diém dau vao khic cua 13 A diém cudi
1a B, khoang cach AB = 400m. Dinh parabol ciia khic cua cach duong thing AB mot khoang
20 m vacachdéu 4, B
a).Lap phuong trinh chinh tic cia , voi 1 don vi do trong miat phang toa d6 twong tmg 1 m trén
thuc té.
b). Lap phuong trinh chinh tic cia , v6i 1 don vi do trong mit phing toa d6 twong tng 1 km
trén thyc té.

@ HE THONG BAI TAP.

DANG 1: XAC PINH CAC YEU TO CUA ELIP

{ Xac dinh cac dinh, do dai cac truc, tiéu cu, tiéu diém. cua elip)

<0> PHUONG PHAP.

o ; A XY .
Cho Elip ¢6 phwong trinh chinh tic: (E): =+ B =1 v6i p? =a® 2.
a

e Tiéu diém F,(-¢;0), F,(c;0).
e Toa d¢ cac dinh 4, (-a;0), 4,(a;0), B (0;-b), B,(0;b).
e D¢ dai truc 16m 2a.

e D0 dai truc bé 2b.

e Tiéu cu 2¢

<¢> BAI TAP TU LUAN.

2 2
n . A an NPT . ca a:R N . . X )y
Cau 1: Tim toa do céac dinh, d6 dai céc truc, ti€u cuy, ti€u di€m, tdm sai cia elip: (E ) :T-I_ T =1.

Page 3



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 2:

Cau 3:
Cau 4:

Tim toa do cac dinh, d6 dai cac truc, tiéu cy, tiéu diém, tAm sai cua elip: (E ) 4x* +25 y2 =100,
\ A 7 ” A QN s ‘A ‘A < R A P . . 2 2

Tim toa d6 cac dinh, d6 dai cac truc, tiéu cu, tiéu diém, tdm sai cua elip: (E ) 4x”+9y° =1.

Tim tdm sai cua Elip biét:

a) Mdi tiéu diém nhin truc nho dudi mot goc 60°.

b) Pinh trén tryc nho nhin hai tiéu diém dudi mot goc 60°.

¢) Khoang cach giira hai dinh trén hai truc bang hai 1an tiéu cu:

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

Cau 7:

2 2
Cap diém ndo 14 céc tiéu diém caa elip (E): % + yj =19
A. F,=(0;%1). B. £, =(%10). C. F, =(%3;0). D. F, =(1+2).

Cho Elip (E ) :4x” +9y* =36. Ménh dé nao sai trong cdc ménh dé sau:

\J5

A. (E) cétis6£=7. B. (E) ¢6 truc 16n bang 6.
a
C. (E) ¢6 truc nho bang 4. D. (E) co tiéu cu \/g

2 2
X .
Cho elip Y + _yl =1. Phat biéu nao sau day ding?

A. Ti s giita truc 10n va truc nho bang \/5 . B.Tiéu cu bang 4.
C. Tam sai ¢ = % D. Hai tiéu diém £ (-2;0) va £, (2;0).

Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh chinh tic cia elip
2 2 2 2 2 2

A 4X+8y°=32.  B. -+ 1. c.+X -1, p1-L_
171 64 16 8 4
5 2

Cho elip (E) ;%2 +y72 —1. Chon khang dinh sai

A. Diém 4(3;0) e (E). B. (E) c6 tiéu cu bang 25,
r 5 r A Nco1 S JEPTNY 3\/§
C. Truc 16n cua (E£) c6 do dai bang 6. D. (E) c6 tam sai bang 5

Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh chinh tic cia elip
A X =y =2, B.x +y' =2, C. ¥ +2y° =2. D. ¥ =2)°.

2 2

Trong mit phang (Oxy), cho elip (E) c6 phuong trinh ;—6 +i}—6 =1. Tim tiéu cy cua (E).

A. FFE,=12 B. FF,=8 C. FF,=2\5 D. FF, =45
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Caiu 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

2 2
Trong mit phang Oxy, tim tiéu cy cua elip (E): ;—5 + i/—6 =1.
A. 3 B. 6 C. 4 D. 5
) x2 2
Tim cée tiéu diém cia Elip - +yT =1
A. F,(3;0); F,(0;-3). B. £ (V/3;0); F,(0;-48).
C. F(-3;0); F(0;-3). D. F(—8;0); F,(+/3:0).
X'y’ .
Elip (E): 2—5+% =1 ¢6 d¢ dai truc 16n bang:
A. 25. B. 50. C. 10. D. 5.
Cho 9x* +25y* =225. Hoi dién tich hinh chit nhat co s& ngoai tiép (E ) la

A. 15. B. 30. C. 40. D. 60.

. : ) 12 . .
Cho (E) c6 do dai truc 16n bang 26, tim sai e:E. D¢ dai truc nho cua (E) bang
A. 5. B. 10. C. 12 D. 24.

Cho (E):16x* +25y* =100 va diém M thudc (E) c6 hoanh do bang 2. Tong khoang cach

tr M dén 2 tiéu diém cua (E) bang

A.S. B. 242. C. 43. D. 3.
52 2 ) .
Cho elip(E ):?+y7 =1. Ti s0 giita tiéu cu va do dai truc 16n bang
A B Y. .35 p. 25
4 5 5 5

Phuong trinh chinh tic cta (E ) c6 d6 dai truc 16n gép 2 1an d6 dai truc nho va di qua diém

A(2;-2) 1a
x2 2 x2 2 xZ 2 x2 2
R B. 2 +Y 1. c. X o, p. 14X o
24 16 36 9 16 4 20 5

Phuong trinh chinh tic cua (E ) nhén diém M (4; 3) la mot dinh cta hinh chir nhat co sd la

2 2 2 2 2 2 2
A Y o B. - +2 -1, c. Y o, D.%+y—=1

16 9 16 4 16 3 4

, . . x50 . :
Phuong trinh chinh tac cua (E ) c6 khoang cach gitra cac duong chuan bang 3 va tiéu cy bang

6 1a
xZ 2 x2 2 x2 2 x2 2
A Y g, B. +X —1. c. 2 +Y 1. R A
64 25 89 64 25 16 16 7

2 2

Trong mit phing Oxy, cho dudng elip (E ):%+y7 =1 c¢6 hai tiéu diém F,F.MIla diém

thudc (E). Tinh MF, + MF, .
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Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

A. 5 B. 6 C.3 D. 2

Trong mit phang Oxy cho elip (E):x” +3y” = 6. Gid tri ndo sau day la tiéu cu ctia elip?

A. 2 B. 3 C.6 D. 4
X . . 4x’ 4y’ e n . S
Trong hé tryc toa d6 (Oxy), cho elip (E):2—5+— =1. D0 dai tiéu cy cua (E) bang
A. 4. B. 8. C. 16. D. 2.
2 2

Cho elip (E): ;—5+% =1. Trong céc khang dinh sau, khing dinh nao sai?

A. (E) c6 cac tidu diém F, (—4;0) va F,(4;0).
B. (£ tisO —=—
(E) cotisd .
C. (E) c6 dinh 4, (~5;0).
D. (E) ¢6 do dai truc nhé béang 3.
2 2
Trong mit phang Oxy cho (E) ¢6 phuong trinh: % +y7 =1 khéng dinh nao sau ddy dung?

A. (E) c6 tam sai e=£

B. F,(0:—/5), £, (0;+/5) 1a cdc tidu diém cua (E).
C.Do daitruc 16nla 9.

D. Céc dinh nam trén truc lon 1a 4, (0;3) va 4, (0;-3).

2
Cho Elip c6 phuong trinh XT +y? =1. Mot tiéu diém cua Elip c6 toa d¢ 1a:

A. 4({30). B. B(0;1/3). C. ¢(+5:0). D. D(0:45).
Cho Elip c¢6 phuong trinh x* +4y* =1. Tiéu cu ctia Elip 1a:
A5, B. 3. C. 245. D. 24/3.

2
Y Y A 2t x s , . X \
Dién tich cia tir gidc tao nén boi cac dinh cia elip (E): 7t y'=11a

A. 8. B. 4. C.2. D. 6.

2 2

Trong mit phang Oxy cho elip c6 phuong trinh (E ):;—5+% =1. Puong thang A:x=—4 cit

elip (E) tai hai diém M, N . Tinh d6 dai doan thing MN ?

A. MN—% B. MN=%. C. MN=§. D. MN=%.

Trong hé toa 6 (Oxy), cho elip (E): ;—; + % =1. Ban kinh qua tiéu ctia ( E) dat gié tri nho nhét
bang

A. 0 B. 1 C. % D. 2
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Ciu 28:

Cau 29:

Cau 30:

2 2

Mot elip (E) c6 phuong trinh %+Z—2 =1, trong d6 a > b > 0. Biét (E) di qua diém A(2;\/§)
va B(24/2;0) thi (E) c6 do dai truc bé la
A. 4. B. 242. C. 2. D. 6.
Cho (E) c6 hai tiéu diém F,(-4;0), F, (4 0) va diem M thuge (E). Biét chu vi tam gidc
MF;F, bang 18. Khi d6 tam sai cia (E) ba
4 4 4 4

5

.. B. C.—. D. ——.
18 5 9

Cho (E) c6 hai tiu diém F,(—/7;0), £, (\/7;0) va diém M(—\ﬁ ;%j thude (E). Goi N la
diém dbi xtmg v6i M qua gdc toa dd 0. Khi d6

9 9 7

A NF+MF,==.  B.NE+MR=_. C.NE-NR=2  D.NF+MF,=8.

DANG 2: VIET PHUONG TRINH CHINH TAC CUA ELIP

<0> PHUONG PHAP.

2
{ Phwong trinh chinh tdc ciia Elip ¢é dang: ( ) 7 )b;_ 1v6i b>=a’-c*; ..}

7=

<¢> BAI TAP TU LUAN.

Cau 1:

Cau 2:

Caiu 3:

Lap phuong trinh chinh tic cta Elip, biét:

a) Elip di qua diém M (2;%} va c6 mot tiéu diem F; (-2;0).

b) Elip nhan £, (5;0) la mot tiéu diém va c6 do dai truc nho bang 44/6 .
¢) Elip c6 do dai truc 16n bang 25 vatiéu cu bang 2.

d) Elip di qua hai diém M (2;—2) va N(-V6;1).

Lap phwong trinh chinh tic cta Elip, biét:

a) Elip ¢6 tong d0 dai hai tryc bang 8 va tdm sai e = ﬁ

b) Elip c6 tam sai e = TS va hinh chit nhét co sé c6 chu vi bang 20.

¢) Elip c6 tiéu diém £ (-2;0) va hinh chit nhét co s ¢ dién tich bang 1245.

Lap phuong trinh chinh tic cta Elip, biét:
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Cau 4:

Caiu 5:

Ciu 6:

a) Elip di qua diém —/5:2) va khoang cach giita hai duong chuin ban .
Elip di qua diém M (—/5;2) va khodng céach giita hai duong chuén bing 10

. S . 3 \ 5 , N oA A ’ 5 J A A \ A M 25
b) Elip c6 tam sai e = 3 va khodng cach tir tam d6i xing cia n6 dén mot duong chuan bang 3

. . 2
¢) Elip ¢6 dg dai truc 16n bang 10 va phuong trinh mot duong chuan la x = 75 .
d) Khoang céach giita cac duong chuin bang 36 va ban kinh qua tiéu diém cua diém M thudc
Elip la 9 va 15.
Lap phuong trinh chinh tic cta Elip, biét:
a) Elip c6 hinh chit nhét co s¢ ndi tiép duong tron (C): x* + y* =41 va di qua diém 4(0;5).
b) Elip ¢6 hinh chit nhét co s& noi tiép duong tron (C ):x*+y*=21va diém M (1;2) nhin hai
tiéu diém cua Elip dudi mot goc 60°.
¢) Mot canh hinh chit nhat co sé cua Elip nim trén d: x—+/5 =0 va d6 dai duong chéo hinh chix
nhat bang 6.
d) Tt giac ABCD 13 hinh thoi c6 bdn dinh trung véi cac dinh cua Elip. Ban kinh ctia duong tron

. . 1
ndi ti€p hinh thoi bang V2 va tam sai cua Elip bang 5"

Lap phuong trinh chinh tic cua Elip, biét

a) Tt giac ABCD 1a hinh thoi c6 bdn dinh tring véi cac dinh ca Elip. Pudng tron tiép xuc véi
cac canh cua hinh thoi c6 phwong trinh (C):x* +y* =4 va AC=2BD, A thudc Ox.

b) Elip c6 d¢ dai truc 16n bang 8 va giao diém cua Elip véi duong tron (C): x* + »* =8 tao thanh

bbn dinh ctia mot hinh vudng.
¢) Elip c6 tim sai e = 3 va giao diém cua Elip v6i duong tron (C):x* +y* =9 tai bon diém 4,
B, C, D saocho 4B songsong véi Ox va AB=3BC.

d) Elip c6 d¢ dai truc 1on bﬁng 4\/5 , cac dinh trén truc nhoé va cac tiéu diém cua Elip cung nam
trén mgt duong tron.
Lap phuong trinh chinh tic cua Elip, biét

a) Elip c6 hai dinh trén truc nhé cting v6i hai tiéu diém tao thanh mot hinh vudng co dién tich
bang 32.

b) Elip c6 mot dinh va hai ti€u diém tao thanh mot tam giac déu va chu vi hinh chit nhat co s&
cta Elip bang 12(2 + ﬁ) .

¢) Elip di qua diém M (2\/§ ; 2) va M nhin hai tiéu diém cua Elip duéi mot goc vudng.
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Cau 7:

d) Elip di qua diém M (1;?] va tiéu diém nhin truc nhé dudi mot goc 60°.

Lap phuong trinh chinh tic cta Elip, biét
a) Elip c6 mot tiéu diém F (_ﬁ ;0) va di qua diém M , biét tam giac FMF, c6 dién tich bing
1 va vudng tai M .

b) Elip di qua ba dinh cua tam giac déu ABC. Biét tam gidc ABC c6 truc d6i xung la Oy,

493

A(0;2) va co6 dién tich bang =

¢) Khi M thay doi trén Elip thi do dai nho nhat cia OM bang 4 va d¢ dai 16n nhit cia MF,

bang 8 voi F, 1a tiéu diém c6 hoanh d am ctia Elip.

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Caiu 3:

Cau 4:

Cau 5:

Cau 6:

Phuong trinh chinh tic cua Elip 1a

xZ y2 x2 y2

A. ?-Fb—z:—l. B. a—z—b—zzl.
x2 y2 x2 yZ

C. ?-Fb—z:l (Ll>b>0). D. ?_b_zz_l'

Phuong trinh chinh tic cia elip c6 tiéu cu bang 6 va truc 16n bang 10.

xZ 2 x2 2 x2 2 x2 2
A+ X o B. —+2 =1, c. X1 D. —+X =1,
25 9 100 81 25 16 25 16

Phuong trinh ctia Elip (E) ¢6 d6 dai truc 16n bang 8, do dai truc nho bang 6 la:
x2 2 x2 2
A. 9% +16y> =144,  B.9x>+16y°=1. C.—+2 =1, D. —+2 =1,
9 16 64 36
Cho (E ) ¢6 hinh chit nhat co s¢ dién tich bang 8, chu vi bang 6 thi phuong trinh chinh tic 1a:
x2 2 x2 2 xZ 2 x2 2
A X o, B. 2 +2 =1, c. XX o1, p. 4+ 2 -1,
2 1 4 1 4 2 16 4

Cho (E) c6 tiéu diém F, (—4;0), F,(4;0), tAm sai e =% thi phwong trinh 1a:

A. 4x>+5)°=20.  B.16x*+25)" =400.
C.9x*+25)>=225. D. 9x*+16y> =144,

Trong mit phang véi hé truc toa dd Oxy, cho elip (E) c6 d6 dai truc 1én bang 12 va d¢ dai truc

bé bang 6. Phuong trinh nao sau ddy la phuong trinh ca elip (£)

2 2 2 2 2 2 2 2
X X

A Y o B. -+ -1 c. X o, p.~ +Y —o.
144 36 9 36 36 9 144 36

. . 1 .
Tim phuong trinh chinh tdc cua Elip c6 tam sai bang 3 va tryc 16n bang 6.
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Caiu 8:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

x2 yZ x2 yZ xZ y2 X yZ
A, —+—=1. B. —+—=1. C. —+—=1. D. —+—=1.
9 3 9 8 9 5 6 5
Phuong trinh Elip ¢6 truc 16n bang 25 va mot tiéu diém K (—1;0) la:
A. 4x° +5y7=20. B. 4x’ +5y* =12. C. 5x +4y* =20 D. 5x> +4y° =12.
Phuong trinh chinh tic ctia (£) c6 d0 dai truc 16n bang 8, truc nho bang 6 1a
2 2 2 2 2
A+ o, B. - +2 —1. C.ox’+16y*=1. D.—+2 =1,
64 36 9 16 16 9
Phuong trinh chinh tac cua (E ) cO tim sai e 2%, d6 dai truc nho béng 12 1a
2 2 2 2 2 2 2 2
o, B. +2 =1. c.—+2 =1, D. -+ =1,
25 36 64 36 100 36 36 25

Phuong trinh chinh tic cua (E) co do dai tryc 16n bang 6, ti s6 giita tiéu cu va do dai truc 16n

v 1
bang — la
°3
2 2 2 2 2 2 2
A+l o1 B Yy c. +2X o1 D. 2 +2 =1,
9 3 9 8 19 5 6 5
Elip ¢6 hai dinh (—3;0); (3,0) va hai tiéu diém ( 1;0) va (1;0) c6 phuong trinh chinh tac 1a
x2 yZ x2 y x2 y2 x2 y2
A, —+—=1. B. —+—=1. C.—+—=1. D. —+=—=1.
8 9 9 8 9 4 9 2

Phuong trinh chinh tdc cua (E ) c6 do dai truc 16n gép 2 1an d6 dai truc nho va tiéu cu béng

43 1a
2 2 2 2 2 2

A2 o B. 2 +Y 1. c. 2 . DX Y
36 9 36 24 24 6 16 4

Phuong trinh chinh tic ctia (E ) ¢6 dudng chuan x+4 =0 va tiéu diém F (—l; 0) la

2 2 2 2 2 2
A+, B. —+2-=1, C.—+L -1, D
4 3 16 15 16 9 9 8
Phuong trinh chinh tic ctia (E ) c6 tidu cy bang 6 va di qua diém A(S;O) la
x2 2 x2 2 x2 2 xZ 2
A+ 2 o1, B. —+2X =1. c. 2 +2L -1, D. —+2X =1,
100 81 15 16 25 9 25 16
Elip c6 hai tiéu diém E(—I;O);F2 (1;0) va tam sai ezé c6 phuong trinh 1a
x2 2 x2 2 xZ 2 X2 2
A+ 2 o, B. -+l =-1. C Z+L=1. D. - +2 -
25 24 24 25 24 25 25 24

Trong hé truc toa do Oxy , mdt elip c6 do dai truc 16n 1a 8, do dai truc bé 1a 6 thi c6 phuong trinh

chinh tic 1a.
2 2 2 2 2 2 2 2
Ay Y g B. +Y -1, c. Y . p. Y 1.
9 16 64 36 16 9 16 7

Page 10



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 18:

Cau 19:

Cau 20:

Cau 21:

2 2
Céc dinh ciia Elip (E) c6 phuong trinh x—2+Z—2 —1; (a>b>0) tao thanh hinh thoi c6 mot goc
a
& dinh 1a 60°, tiéu cu cta (E) 1a 8, thé thi a* +5” =?
A. 16. B. 32. C. 64. D. 128.
Trong mit phing toa dd Oxy, cho Elip (E ) di qua diém M (0;3). Biét khoang cach 16n nhat

gifta hai diém bat ki trén (E ) bang 8. Phuong trinh chinh tic cua Elip la

x2 2 x2 2 x2 2 xZ 2
A2 B. - +Y c.X X o p. X 4+X o
9 16 16 9 9 64 64 9

2 2

Trong mit phing v&i hé truc toa dd Oxy cho dudng elip (E):f—6+y?=1 va hai diém

M(—S;—l),N(—l;l) .Diém K thay doi trén elip (E). Dién tich tam giac MNK 16n nhét bang

9
A. 95, B. . C.9. D. 18.
2 2 ) .
Cho elip (E ):g+% =1. Xét cac diem M, N lan luot thudc cac tia Ox, Oy sao cho duong
thing MN tiép xtc v6i (E). Hoi do dai ngén nhat ciia MN 1a bao nhiéu?
A. 6. B. 7. C. 8. D. 9.

DANG 3: TIM DIEM THUQC ELIP THOA PIEU KIEN CHO TRUOC

<0> PHUONG PHAP.

Cho Elip ¢6 phuong trinh chinh tic: (E): =+

2 2
X .
5 y—zzlvmbz:az—cz.

Q
oy

® M(x;y)e(E).Khid6 MF, =a+ex: ban kinh qua tiéu diém trai.

MF, = a—ex : ban kinh qua tiéu diém phai.

<¢> BAI TAP TU LUAN.

Cau 1:

2 2

a) Trong mt phang véi hé toa do Oxy, cho Elip (E): %+ i}—6 =1.Goi F,, F, 13 hai tiéu diém

cua Elip; 4, B 1 hai diém thu¢c (E) sao cho AF, + BF, =8. Tinh AF, + BF,.

2 2

b) Trong mit phing véi hé toa do Oxy, cho Elip (E) :%+ y? =1.Goi F,, F, 1a hai tiéu diém
ctia Elip trong d6 7, c6 hoanh do am. Tim toa d6 diém M thuc (E) sao cho MF, = 2MF,.

2 2

c) Trong mit phang véi hé toa d Oxy, cho Elip (E): % + yj =1.Goi F, F, 14 hai tiéu diém

ctia Elip trong d6 F, c6 hoanh d¢ am. Tim toa do diém M thudc (E) sao cho MF,—MF, =2.
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Cau 2:

Caiu 3:

Cau 4:

Caiu 5:

2 2

a) Trong mit phing véi hé toa dd Oxy, cho Elip (E): %-'_yT =1. Tim nhiing diém M thudc

(E) sao cho né nhin hai tiéu diém cta (E) duéi mot géc vudng.

2

b) Trong mit phing vdi hé toa dd Oxy, cho Elip (E): XT +y? =1 v6i hai tiéu diém F,, F,. Tim

toa do diém M thudc (E) sao cho goc FMF, = 60°.

2 2

c) Trong mit phing véi hé toa d Oxy, cho Elip (E )lem-i-% =1 v6i hai tiéu diém F, F,.
Tim toa do diém M thudc (E) sao cho goc Iﬁ/[?z =120°.
2 2

d) Trong mit phang véi hé toa dd Oxy, cho Elip (E): % + % =1 v6i hai tiéu diém F,, F, trong

d6 F; c6 hoanh do am. Tim toa d6 diém M thudc (E) sao cho goc ]\Zﬂ\F2 =120°.

2 2

a) Trong mét phang véi hé toa o Oxy, cho Elip (E): x?+ yT =1 vadiém C(2;0). Tim toa do

cac diém 4, B thudc (E ) ,biétrang 4, B d6i xing vdi nhau qua truc hoanh va tam giac ABC
1a tam giac déu.

2 2

b) Trong mit phing véi hé toa do Oxy, cho Elip (E): XTerT =1. Tim toa dd cac diém A4 va

B thudc (E) c6 hoanh d¢ duong sao cho tam gidc O4B cén tai O va c6 dién tich 16n nhat.

2 2

¢) Trong mit phang voi hé toa d6 Oxy, cho Elip (E): %+yT =1 va diém A(3;0). Tim toa do
cac diém B, C thudc (E) sao cho tam gidc ABC vudng can tai 4, biét B c6 tung do duong.
x2 y2
a) Trong miat phang véi hé toa d6 Oxy, cho Elip (E):E-I_?:l va hai diém A(—5;—1),
B(—1;1). Xac dinh toa d6 diém M thudc (E ) sao cho dién tich tam giac MAB 16n nhat.
xZ y2

b) Trong mit phing v6i hé toa dd Oxy, cho Elip (E): Tty s I va hai diém 4(3;4), B(5;3).
Tim trén (E ) diém C sao cho tam gidc ABC c6 dién tich bang 4,5.

2 2
¢) Trong mit phing véi hé toa dd Oxy , cho Elip (E): Ey + T 1. Tim trén (E) nhing diém sao

cho khoang céch tir diém d6 dén duong thing & : 2x —3y +1=0 la 16n nhit.

2 2
X

a) Trong mit phing v6i hé toa d6 Oxy, cho Elip (E)?+y7 =1 vacac diém A(—3;0) , I(—l;O)

. Tim toa do cac diém B, C thudc (E ) sao cho [ 1a tAm dudng tron ngoai tiép tam giac ABC
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2 2
. X .
b) Trong mat phang voi hé toa dd Oxy, cho Elip (E ) : 2—5+% =1 c¢6 hai tiéu diém F;, F,. Tim
toa do diém M thudc (E ) sao cho ban kinh dudng tron noi tiép tam giac MFF, bing % .

2 2
. X .
¢) Trong mat phang vé&i hé toa dd Oxy, cho Elip (E ) : % +—); =1 ¢6 hai tiéu diém F;, F,. Tim

. — . 48
toa d diém M thudc (E ) sao cho duong phan gic trong goc F,MF, di qua diém N (_Z_S;Oj

<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Caiu 5:

Ciu 6:

Cau 7:

Cho Elip (): f_6+% _1.V&i M 1a diém bét ki ndm trén (E), khing dinh nao sau day la

khang dinh dung?
A. 4<OM <5. B. OM >5. C. OM <3. D. 3<0M <£4.
Elip di qua diem M| I; —7 va co ti€u cu bang 2\/5 thi c6 phuong trinh chinh tac la:
x2 2 x2 2 X2 2 x2 2
A=l B. —+2-=1. c. -+l =1 D. +2 =1,
4 3 4 1 3 1 4 1
4

Cho Elip (E)%jL% _1 vadiém M nam trén(E). Néu diém M c6 hoanh do bang —13

thi cac khoang cach tir M t6i 2 tiéu diém ctia (E )béng:
A. 8;18. B. 13245 . C. 10;16. D. 134410,
Cho Elip c6 phuong trinh 16x” + 25}’2 =100. Tinh téng khoang cach tir diém thudc elip co
hoanh dd x =2 dén hai tiéu diém.
A. 10. B. V2. C.5. D. 43,
Cho Elip (E)x_2+y_2 1. Puong thing (d) x=—4 cét (E) tai hai diém A7, N . Khi dé:
25 9
18
5

9 18

A. MN =—. B. N === C. MN = 9
25 25

. D. yun==.
5

Cho Elip c6 phuong trinh: X + o 1. M 1a diém thudc (E) sao cho MF, = MF,  Khi d6 toa
16 4

do diém M 1a:

A. M (0;1), M, (0;-1). B. M,(0;2), M,(0;-2).
Cc. M,(-4;0),M,(4,0). D. M, (0;4), M,(0,-4).
Day cung cua Elip (E): ;‘_z+2’_j =1(0<b<a)- vudng goéc vdi truc 16n tai tiéu diém c6 do dai la
A 2 B. 20" Cc. 2 D. 2
a a c c
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cho (E): §+J§=1 va diém M thuge (E). Khi d6 do dai OM thoa mén
A. OM <3 B.3<OM <4, C. 4<OM<5. D. OM >5.

Cho (5): ¥+ —1 Pudngthing d :x= 4 cit (E) tai hai diém M N'. Khid6. 40 dai doan

MN bing
AL B. 2. c. 18 p. 13
5 25 5 25

Puong thing » = kx cat (E): x_z+z_j _ | tai hai diém M, N phan biét. Khi d6 M, N
a
A. Dbi xtig nhau qua 0(0; 0) : B. Ddi xtmg nhau qua Oy .

C. béi xtrng nhau qua Ox . D. Béi xtrng nhau qua I(O;l) :

Cho elip (E);%jL%:l vadiém M thudc (E) c6 hoanh d6 X,, = -13. Khoang cach tor M
dén hai tiéu diém ciia (£) 1an luot 1a

A. 10 va 6. B. 8 va 18. C. 13 va £5. D. 13 va £/10

Cho elip () ;;‘—;+§:1, véi tieu diém F},F,. LAy hai diém 4, B e (E) sao cho AF, + BF, =8.
Khi d6, AF, + BF, =?

A. 6. B. 8. C.12. D. 10.

Cho elip (E) :;—;+)§ —1. Tim toa d6 diém A e (E) sao cho M nhin F, F, dudi mot goc vudng:

A. (-5;0). B. (4;—2) C. (0;4). D. (ﬁgj
5 4 4

Trong mit phing toa do Oxy cho (E);%+y?2=1 va hai diém A(—S;—l), B(—l;l). Piém M bat

ki thudc (E ) , dién tich 16n nhét cia tam giac MAB 1a:

A. 18. B. 9. C. #. D. 42,

Trong mat phéng véi hé toa dd Oxy, cho elip (E ) x4+ 4)/2 -4 =0. Tim tit ca nhiing diém N

trén elip (E) sao cho: I’TN\F2 =60° (F1, F2 1a hai tiéu diém cua elip (E))

A. N —ﬂ;—l hoic N —ﬂ;l hoiac N ﬂ;—l hodac N ﬂ,l .
3 3 3 3 3 3 3 3
B. N —ﬂ;—l hoac N —ﬂ;l hoac N ﬂ,l .
3 3 3 3 3 '3
c. n[-H2 1} hos N@;AJ hod N[ﬂ;g)
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Cau 16:

Cau 17:

3 3

Céc hanh tinh va céac sao chdi khi chuyén dong xung quanh mit troi c6 quy dao 1a mot duong
elip trong d6 tam mat troi 1a mot ti€u diém. Diém gr:fm mit troi nhat goi la diém can nhdt, diém
xa mat troi nhat goi 13 diém vién nhdt. Trai dat chuyén dong xung quanh mat troi theo quy dao
la mot duong elip c6 d6 dai nura tryc 16n béng 93.000.000 dam. Ti sb khoang céach gitra diém

D. N[—ﬂ;—éJ hoac N(#,lJ

A A \ A X A A - R 59 , 5 ’ \ 1 3A A - N . I
can nhat va diém vién nhat dén mat troi la o Tinh khoang cach tir trai dat dén mat troi khi trai

dat & diém can nhat. Lay gid tri gan dng.

Trai dat

A. Xap xi 91.455.000 dam. B. Xép xi 91.000.000 dam.
C. Xap xi 91.450.000 dim. D. Xap xi 91.550.000 dam.

C)ng Hoang c6 mot manh vuon hinh elip co6 chiéu dai truc 16n va truc nho lan luot 1a 60m va
30m. Ong chia thanh hai nira bang mot duong tron
tiép xtic trong voi elip dé lam muc dich st dung khac / \
nhau. Nira bén trong dudng tron 6ng trong cdy lau / N
nam, nira bén ngoai duong tron 6ng trong hoa mau. [
Tinh ti s6 dién tich T gitra phan trdng cdy 1au nam so \ /
vo1 dién tich tréng hoa mau. Biét dién tich elip dugc )
tinh theo cong thic S = zab trong d6 a,blan luot 1a k‘k’/
do dai nura truc 16n va ntra truc bé cua elip. Biét do
rong ctia dudng elip khong dang ké.

2

A T=—. B. T=1. C.T=l. D.T=
3 2

| W
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CHUONG |

PHUONG PHAP TOA PO
TRONG MAT PHANG

IX

BAI 4. BA PUONG CONIC TRONG MAT PHANG TOA PO

<0> LY THUYET.

1. ELIP

- Cho hai diém c6 dinh va phan biét F, F,. Pat FF, =2¢>0. Cho s6 thuc a 1én hon c. Tap
hop céc diém M sao cho MF, + MF, =2a dugc goi 1a duong elip . Hai diém F,, F, duoc goi la
hai tiéu diém va F F, = 2c dugc goi 14 tiéu cu cua elip do.
- Trong mit phang toa do Oxy, elip c¢6 hai tiéu diém thudc truc hoanh sao cho O 1a trung diém
2 2

ctia doan thing ndi hai tiéu diém dé thi c6 phuong trinh x_2 + 2}—2 =1,v6i a>b>0.(2)

a
Nguogc lai, méi phuong trinh c6 dang (2) déu 1a phuong trinh cua elip c6 hai tiéu diém
F, (— a’ —bz;O), Fz( a’ —b2;0) , tidu cu 2¢=2+a’ —b* va téng cac khoang cach tir mdi
diém thudc elip d6 t6i hai tiéu diém bang 2a.
- Phuong trinh (2) duoc goi 1a phuong trinh chinh tic cia elip twong img.

2 2

*Tinh chit va hinh dang cia Elip: Cho elip c6 phuong trinh chinh tic x_2+2/_2 =1,vé6ia>b>0.
a

e Truc dbi xtmg Ox, Oy

e Tam ddi ximg O .

e Tiéu diém F, (—c;0), F,(c;0).

e Toa d cac dinh 4 (—a;O), Az(a;O), B (O;—b), B, (O;b).

e D¢ dai truc 16n 2a. D6 dai truc bé 2b.

e Noi tiép trong hinh chit nhat co s& c6 kich thudce 13 2a va 2b.

A . C
e Tamsal e=—<1.
a

. \ A a A a
e Hai duong chuan x== va x=-=.
e e

o M(x;y)e(E).Khido MF =a+ex: ban kinh qua tiéu diém trai.
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MF, = a—ex : ban kinh qua tiéu diém phai.

2. HYPEBOL

Trén mat ph'fmg, néu hai thiét bi dat tai cac vi tri F, F, nhan dugc mdt tin hiéu 4m thanh cung
ltc thi vi tri phét ra tin hi¢u cich déu hai diém F, F,, va do d6, nam trén duong trung tryc cia

doan thiang FF, .

AM

-
-

Cho hai diém phan biét ¢ dinh F, F,.bat F|F, =2c. Cho s6 thuc duong a nho hon c. Tap
hop céc diém M sao cho |MF, — MF,|=2a dugc goi la duong hypebol . Hai diém F,, F, dugc
goi 14 hai tiéu diém va FF, =2c dugc goi 1a tiéu cy cua hypebol do.

Trong mat phéng toa do Oxy, hypebol c6 hai tiéu diém thudc truc hoanh sao cho O 1a trung diém

2 2

, 2 Aeq oo 2.2 TR \ X X
cua doan thang ndi hai ti€u di€m do thi ¢6 phuong trinh — —Z—Z =1,voi a,b>0.
a

Nguoc lai, mdi phuong trinh c6 dang (4) déu 1a phuong trinh cua hypebol c6 hai tiéu diém
F (—\/a2 +b2;0), F (\/a2 +b2;0), tidu cu 2x=2a® +57 va gia tri tuyét dbi cia hiéu cic
khoang cach tir mdi diém thudc hypebol dén hai tiéu diém bang 2a.
Phuong trinh duogc goi 1 phuong trinh chinh tic cua hypebol trong tmg.
3. PARABOL

Cho mot diém F cb dinh va mot duong thang A ¢b dinh khong di qua F . Tap hop cac diém
M cach déu F va A dugc goi la duong parabol . Piém F dugc goi la tiéu diém, A duoc goi
1a dudng chuén, khoang cach tir F dén A duogc goi 1a tham s6 tiéu cta parabol do.
Xét (P) 1a mot parabol véi tiéu diém F , dudng chuan A. Goi H 1a hinh chiéu vuéng géc cua
F trén A. Khi d6, trong h¢ truc toa dd Oxy véi géc O la trung diém cua HF , tia Ox trung véi
tia OF , parabol (P) c6 phuong trinh

y> =2px (5 )
Phuong trinh (5) dugc goi 1a phuong trinh chinh téc ctia parabol (P).
Ngugc lai, mdi phuong trinh dang (5), véi p >0, 1a phuong trinh chinh téc clia parabol ¢6 tiéu

diém F(%;Oj va duong chudn A:x = —g .
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<‘> BAI TAP.

2 2 N
Cau 1. Cho elip c6 phuong trinh ;C_e + y? = 1.Tim tiéu diém va ti€u cu cua elip
Loi gidi
,ox2 oy a’? =36
Taco.£+?— 1 :>{b2 _9
Mitkhac c? = a? — b?> =36 —9 =27 = ¢ = +/27.
Vay ta c6 hai tiéu diém F, (—v27; 0) va F,(v27;0),¢6 tiéu cu bang 2¢ = 2v/27.

2 2 ”
Cau 2. Cho hypebol c6 phuong trinh: x7 — y? = 1. Tim ti€u diém va ti€u cu cua hypebol.

Loi giai
X2 YR at=7
Taco.7 ?—1:){192:9
Mit khac ¢? = a? + b? = 49 + 81 = 130 = ¢ = +V130.
Vay ta c6 hai tiéu diém F;(—V130; 0) va F,(v/130;0); c6 tiéu cu bang 2¢ = 2+/130.
Céau 3. Cho parabol c6 phuong trinh: y? = 8x. Tim tiéu diém va duong chuin caa parabol.

Loi giai
Taco:
2p = 8 & p = 4 nén tiéu diém clia parabol F (g; 0) = F va duong chuan :A: x = —g = —% =
—2.

Céu 4. Lap phuong trinh chinh tic cua elip di qua diém A va c6 mét tiéu diém 1a Fa.
Loi giai

2 2
Ta co6:Phuong trinh elip c6 dang: z— + Z—z =1

2
. A 25 0
Do diqua A(5;0)nén: = +.-=1= a’? =25
Mic khéc: tiéu diém F,(3;0)nén = ¢ = 3 => ¢ = 9 = a? + b?
2 2
Tir va=>h? = 16nén: =+ =1
25 ) 16 ,
Cau 5. Lap phuong trinh chinh tac cua parabol di qua diém M
Loi giai
Gia str: y? = 2px
Vi diqua M nén:16 = 2p.2 =>p = 4.Vay y? = 8x
Cau 6. Co6 hai tram phat tin hi€u vo tuyén dat tai hai vi tri A, B cach nhau 300 km. Tai cung mdt
thoi diém, hai tram cung phat tin hiéu véi van toc 292 000 km/s dé mot tau thuy thu va do do
léch thoi gian. Tin higu tir 4 dén sém hon tin higu tir B 1a 0,0005 s. Tir thong tin trén, ta c6 thé

xéc dinh duoc tau thuy thudc dudng hypebol nao? Viét phwong trinh chinh tic ctua hypebol do
theo don vi kilomét.

Loi giai
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Ta co:
Do tin hiéu A d&én sém hon tin hiéu tir B nén tau thuy thudc dudng hepebol nhanh A.
Goi vi tri tau thuy la diém M.
Phuong trinh hyperbol c6 dang: :Z—z — Z—z =1
|[IMA — MB| = 2a = 292000x0,0005 = 146km = a = 73
AB = 300km = 2c = ¢ = 150
Tu @6, b? = c? — a? = 17171
PR
732 171712
Céu 7. Khic cua ciia mot con duong c¢6 dang hinh parabol, diém dau vao khuc cua 1 A diém cudi
1a B, khoang cach AB = 400m. Dinh parabol cua khuc cua cach dudng thing AB mot khoang
20 m va cach déu 4, B .
a).Lap phuong trinh chinh tic cua , v6i 1 don vi do trong mit phang toa do twong Gng 1 m trén
thuc té.
b). Lap phuong trinh chinh tic cua , véi 1 don vi do trong mit phang toa d6 twong tmg 1 km
trén thuc té.

2

Vay phuong trinh hyperbo

Loi giai

a) Phuong trinh chinh tic : y? = 2px

Theo dé tacé 4, B, 0

Do diquaAnénsuyra20?2=2p=—-400=>p=—1
Vay:y? = —2x

b) Phuong trinh chinh tic : y? = 2px

Theo dé tacé 4, B, 0

Do diquaAnénsuyra0,022 =2p =—-0,4=>p=-0,001
Vay :y? = —0,002x

@ HE THONG BAI TAP.

DANG 1: XAC PINH CAC YEU TO CUA ELIP

{ Xac dinh cac dinh, do dai cac truc, tiéu cu, tiéu diém. cua elip)

<0> PHUONG PHAP.

2 2
Cho Elip c¢6 phwong trinh chinh tic: (E) : x—z-l-;:—z =1 véi b> =a®—c?.
a
e Tiéu diém F(—c;0), F,(c;0).
e Toa d¢ cac dinh 4, (-4;0), 4,(a;0), B, (0;-b), B,(0;b).
e D¢ dai truc 16mn 2a.

e D0 dai truc bé 2b.

e Tiéu cu 2¢
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<¢> BAI TAP TU LUAN.

Cau 1:

Cau 2:

Cau 3:

Tim toa do cac dinh, o dai cc truc, tiéu cy, tiéu diém, tim sai cta elip: (E) :x7+ yT -1.
Loi giai

Tu phuong trinh cta C:\/m:\/g(E),tacé a=2,b=1.Suyra c=\/ﬁ=\/§.

Suy ra toa d¢ céc dinh 1a 4, (=2;0); 4,(2;0); B,(0;-1); B, (0;1).

Do dai truc 16n 44, =4, do dai truc bé BB, =2.

Tiéu cy FF, = 2c:2\/§, tiéu diém la F, (—\/5;0); F, (\/5;0).

. T c 3
TAm sai cua ¢ =va’ —b° :\/g la e=—=7.
a
Tim toa do cac dinh, d6 dai cac truc, tiéu cy, tiéu diém, tAm sai cua elip: (E ) 4x* +25 y2 =100,
Loi giai

2 2

Ta co 4x* +257 :100@;‘—;%:1 suyra =5 b=2 nén c=va’—b* =+21.
Do d6 toa do cac dinh 1a 4,(—5;0); 4,(5;0); B,(0;-2); B,(0;2).

D6 dai truc 16n 44, =10, d6 dai truc bé BB, =4.

Tieu ow FF, =2¢=221, tidudiém la 7 (~V21;0): £, (V21:0).

V21

Tam sai cia (E) la e===3—
a 5

Tim toa do cac dinh, d6 dai cac truc, tiéu cy, tiéu diém, tAm sai cua elip: (E ) 4x7+9y” =1.

Loi giai
2 2
5
Ta co 4x2+9y2 =1<:>xT+yT=1 suy ra a:%;b:% nén ¢ =va’*-b* :%.
4 9
: ST 1 1 1 1
Do d6 toa do cac dinhla 4| ——;01|; 4,| =0 |; B,| 0;—=|; B, | 0;— |.
2 2 3 3

Do dai tryc 16n 44, =1, do dai truc bé BB, =§.
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Cau 4:

NG q J5 J5
Tiéu cu FF, =2c=Tf, tiéu diém 1a E[—?;O]; FZ[?;OJ.

NG

A M 2 hY C
Tam sai cua (E) lae=—=—.
a

Tim tam sai cta Elip biét:

a) Mdi tiéu diém nhin truc nho dudi mot goc 60°.

b) Pinh trén truc nho nhin hai tiéu diém duéi mot goc 60°.

¢) Khoang céch giita hai dinh trén hai truc bang hai 1an tiéu cu:
Loi giai

a) Tir gia thiét, ta c6: tan30° = b < b=c.tan30°

C
Suyra: e=<
a
2 2 2
c c c |
cd="=F—=—7F —=— =cos” 30°
a- b +c¢ c.tan"30°+c¢”  tan"30°+1
& e=c0s30°=—
e A , b
b) Tur gia thiét, ta c6 cot30° == < b = c.cot 30°
C
Suyra: =<
a
2 2 2
c c c )
Seet="= =sin” 30°

@ b+t teot’300+¢* cot’30°+1
) 1
< e=s1n30°=—
2
¢) Tir gia thiét, ta c6: A232 =4c

oNat+b =dc & a* +bF =160

2
<:>c2+b2+b2:16c2©b2:%,

S C oo c’ c’ c’ 2
uyra: e=— =—= = —
4 p T

N

Se=—ro
2
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<¢> BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Cau 4:

2 2
Cap diém ndo 14 céc tiéu diém caa elip (E): x? + yf =19
A. F,=(0;x1). B. F,=(£0).  C.F,=(#3%0).  D.F,=(1;%2).

Loi giai
Chon B.

Taco: =50 =4z =a’ b =1 mc=1 = F, =(+10).

Cho Elip (E ) :4x* +9y* =36. Ménh dé nao sai trong cdc ménh dé sau:

A. (E) cétiséﬁzg. B. (E) ¢6 truc 16m bang 6.
a
C. (E) ¢6 truc nho bang 4. D. (E) co tiéu cu \/g

Loi giai
Chon D.

2

2
(E):4x2+9y2:36<:>%+y7:1

Suy ra: a :3,b=2,c:\/§
Tiéu cy cia (E) 1a 26 =245

2 2
X 5
Cho elip Yy + yT =1. Phat biéu nao sau day ding?

A. Ti sb giita truc 16n va truc nhé bang \/5 . B.Tiéu cu bang 4.

C. Tam sai ¢ = % . D. Haitiéudiém F (-2;0) va F,(2;0).
Loi gii
Chon A.
> =3=a=43

2 2

Ta ¢6 (E):"?+yT=1:> b =1=b=1
czzaz—b2=2:>c:\/§

Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh chinh tic cia elip

2 2

A. 4x2+8y2=32. B.xT+yT=1.
5 2

C. x—2+y—2=—1. D. x—z—y—zzl.
64 16 8 4

Loi giai
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Caiu 5:

Ciu 6:

Cau 8:

Chon A.
2 2
Vi 4x2+8)2 =32 ©%+y7:1.

. xz  y? 2 . .
Cho elip (F) Y +T =1. Chon khang dinh sai

A.Diém 4(3;0)e(E). B. (E) co tiéu cu bang 2\/5.

3.5

C. Truc 16n ciia (£) c6 d6 dai bang 6. D. (E) co tam sai bang 5
Loi giai
Chon D.
a*=9=a=3
, x2 y2
CoO(E):—+—=1=1b*=4=b=2
9 4
=a?-b=5=c=+/5

c 5

Khi 6 (£) c6 tim sai bang e=—=—.
a

Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh chinh tic cia elip

A X -y =2, B. X' +)'=2.
C. x*+2y°=2. D. x> =2)".
Loi giai
Chon C.
2 yZ
Vix’+2y°=2 & —+—=1.
2 1
< 2 . . \ x2 y2 \ Cn ,
Trong mat phang (Oxy), cho elip (E) c6 phuong trinh £+E:1.Tlm tiéu cy cua (E).
A. FF,=12 B. FF,=8 C. FF,=2\5 D. FF,=4/5
Loi giai
Chon'D
x—2+y—2=1:> a=0 = =a-b =20=>c=2J5 =FF,=4J5
36 16 b=4 b
i xZ 2
Trong mit phang Oxy, tim tiéu cu cua elip (E):E+f—6=1.
A3 B. 6 C. 4 D. 5
Loi giai
Chon' B

Cla® =25 )
Ta c6 =" =25-16=9=c¢c=3.
b’ =16

Vayti€ucy 2¢=6.
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2 2
Cau9:  Tim cée tiéu didm cta Elip %JT:I
A. F(3,0); F,(0:-3). B. F(V8;0); F(0;-+8).
C. F(-3;0); F,(0;-3). D. Fl(—x/g;O); Fz(\/g;o).

Loi giai
Chon D.
2 2
(E): %+yT:1 6 a=3;b=1=c=+a’—b* =+8.

Vay (E) o6 cic tiéu diém la: F,(~/8;0); F,(+/8;0).

2 2

Cau10: Elip (E): ;—5 + % =1 c6 d6 dai truc 16n bing:
A. 25, B. 50. C. 10. D.5.
Loi giai
Chon'C

2 2

Tur phuong trinh (E):%‘l-%:l =a=5.

Do d6 (E) c6 d6 dai tryc 16n 1a 2a=10.
Cau11: Cho 9x? +25y? =225. Hoi dién tich hinh chir nhat co s¢ ngoai tiép (E) la
A. 15. B. 30. C. 40. D. 60.
Loi giai
Chon D.

2 2
X

Phuong trinh chinh tic cta (E ) P —+—=1.

25 9

. |a® =25 a=>5

Taco = )
b? b=3

Dién tich hinh chit nhat co s& ngoai tiép (E) 1a S =4ab =60.

Céu 12: Cho (E) c6 do dai tryc 16n bang 26, tim sai e = % Do dai truc nho ciia (E) béng
A.s. B. 10. C. 12 D. 24.
Loi gidi
Chon B.

Tacd 2a=26=>a=13.

e:£=£:>c:l2.
a 13
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Cau 13:

Cau 14:

Cau 15:

b=va’—c* =169-144 =5.
D0 dai truc nhé 1a 26 =10.
Cho (E):16x* +25y* =100 va diém M thudc (E) c6 hoanh do bing 2. Téng khoang cach

tr M dén 2 tiéu diém cua (E) bang

A. 5. B. 242. C. 4/3. D. 3.
Loi gidi
Chon A.
x? yz Cﬁ:% a_é
Taco: (E): TRSTI 100 2
— p =2 |b=2
16 25 25

Theo dinh nghia Elip thi véi moi diém M e (E ) taco: MF, + MF, =2a=>5.

2 2
Cho elip(E):x?+yT=1.Ti s6 giita tiéu cu va do dai truc 16n bang
NEES B Y. .35 p. 2¥5.
4 5 5 5
Loi gidi
Chon B.
Tacd: a> =5=a=5;: b’ =4=b=2 =>c=+a’-b> =1.
J5

Al 42 A _em  itn NPT P N 2c
Vay ti s0 gitra ti€u cyu va dg dai truc 16n bang 2—=?
a

Phuong trinh chinh tic cta (E) c6 d¢ dai truc 16n gap 2 lan do dai truc nho va di qua diém
A(2;-2) 1a

2 2 2 2 2 2 2 2

NS ANy B. = +2X -1, c. 22X o1, D. 2 +2 -
24 16 36 9 16 4 20 5
Loi giai
Chon D.
Goi phuong trinh elip 1a (E): x_2 Z—zl.
a
— 4h2 —AR2
. a’ =4b a’ =4b a2=20
Theo bai ra ta co: .
= b2:
A . x’ y
Vay phuong trinh elip 13 (E ).%+?:l.
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Cau 16:

Cau 17:

Cau 18:

Cau 19:

Phuong trinh chinh tac cla (E ) nhén diém M ( ) mot dinh cta hinh chir nhat co sé la
x2 2 x2 2 x X 2
AT+ L o B. = +2 =1, . Y D. - +2X
16 9 16 4 16 3 9 4
Loi giai
Chon A.
X 2
Goi phuong trinh elip 1a (E): —2+Z—2 =1
a

Vi M (4;3) 1a mét dinh ctia hinh chi¥ nhdt co s6 nén a =4, b=3.

2 2
Vay phuong trinh elip 1a (E): f—6+% =1.

. ) : .2 50 . :
Phuong trinh chinh tac cua (E) c¢6 khoang cach gitra cac dudng chudn bang 3 va tiéu cu bang

6 la
2 2 2 2 2 2 2 2

Ay Y B. 1472 *r LY p. 42

4L - 4L 4=

64 25 "89 64 =25 16 16 7

Chon C.

Y ~1.

T=

Goi phuong trinh elip 1a x_+

2

a 25 P
= )
Theo bairataco < ¢ 3 & {a >

2c=6

2 2

Vay phuong trinh elip 1a ;—5 + 2 =1,

16

2 2

Trong mit phang Oxy, cho dudng elip (E): %+y7 =1 ¢6 hai tiéu diém F,F.MIla diém

thudc (E). Tinh MF, + MF, .

A.5 B. 6 C.3 D. 2
Loi giai
Chon B
Phuong trinh cia (E) c6 dang x Z—z—l (a°=b>+c*).Suyraa’ =9 =a=3.

Do M thudc (E) nén MF, + MF, =2a =6.

Trong mit phang Oxy cho elip (E):x” +3y” = 6. Gid tri ndo sau day 1 tiéu cu cla elip?
A2 B.3 C.6 D. 4
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Cau 20:

Cau 21:

Caiu 22:

Loi giai

Chon'D

2
Taco (E): % %:1, d6 do a=+6, =2, ¢=2. D} dai tiéu cu 1a 2c = 4.

4x> 4y

Trong hé tryc toa do (Oxy), cho elip (E): Y + =1. D0 dai tiéu cy cua (E) bang

A. 4. B. 8. C. 16. D. 2.
Loi giai
Chon A.

4x2 4y2 x2 y2 x2 y
S A S P A
5o <:>§+ 5 =S +

4 4

Taco (E)

2 2

Cho elip (E): ;—5+% =1. Trong c4c khang dinh sau, khang dinh nio sai?

A. (E) c6 céc tidu diém F,(-4;0) va F,(4;0).

(
(E
(
(

) ¢6 ti sb _:i_
E) ¢6 dinh A( 5'0).
)

=

c o

E) c6 d6 dai truc nho bang 3.
Loi giai
Chon'D

2 2

Phuong trinh elip (E):%+%=1 néntacod: a=5b=3=>c=4.

Nén cac dap an A;B;C dung.
Dap an D sai vi 6 dai tryc nho bang 2b=6.

2 2

Trong mit phang Oxy cho (E) ¢6 phuong trinh: % + y? =1 khang dinh nao sau ddy dung?

A. (E) cotamsai e=—

B. F, (0; —\/g),F2 (0;\/5) 1a cc tidu diém ctia (E).
C.bodaitruclonla 9.
D. Céc dinh nim trén truc Ion 1a 4, (0;3) va 4, (0;-3).

Loi giai
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Cau 23:

Cau 24:

Cau 25:

Chon A

la*=9 a=3
Ta co: =

b =4 b=2

Mic2=a?—b>=9-4=5=c=4+/5
:ﬁ.})ﬁng

3
a: F(—5:0), £, (V50). Sai

C. Do daitruc 16n 13 4 4, =2a = 6. Sai
D. Cac dinh trén truc 16n 1a : 4, (-3;0), 4,(3;0). Sai

A. (E) c6 tam sai e =

QO

—

B. Tiéu diém cua (E)

2
Cho Elip c6 phuong trinh XT +y? =1. Mot tiéu diém cua Elip c6 toa d¢ la:

A. 4(y30). B. B(0;1/3). C. ¢(+5:0). D. D(0:15).
Loi gidi
Chon A.

Tacd:cP=a*-b*=4-1=3.

Nén tiéu diém ciia Elip ¢6 toa d6 1a: F, (—/3;0), 7, (+/3;0).

Cho Elip c6 phuong trinh x* +4y* =1. Tiéu cu cta Elip la:

A A5, B. \3. C. 245. D. 2./3.
Loi giai

Chon B

X’ +4y° :1<:>x2+yT:1.

4

1 NG

Ta co : c2=a2—b2=1——=i<:>c:—.
4 4 2

Tiéu cu la 2¢ =+/3.

2

Dién tich cuia tir gidc tao nén boi cac dinh cia elip (E): %+ y'=11a
A 8. B. 4. C.2. D. 6.
Loi giai
Chon B.

2

* Toa do céc dinh cta elip (E):%+y2 =11a 4,(-2;0), 4,(2;0); B,(0;-1), B,(0;1).

* Vit gidc 4,B,4,B, 1a hinh thoi c6 hai duong chéo 4,4, =4 va BB, =2.
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Cau 26:

Cau 27:

Cau 28:

5 1
* Vay dién tich tir gidc can tim la § = 5 AA,.BB,=4.

2 2

Trong mit phing Oxy cho elip ¢6 phuong trinh (£): ;—5+% =1. Duong thang A:x=—4 cit

elip (E) tai hai diém M, N . Tinh d6 dai doan thing MN ?

A. MN:ﬁ. B. MN:i. C. MN:B. D. MN =
25 25 - 5

W | \©

Loi giai
Chon C

2
Thé x = -4 vao phuong trinh elip (E) ta duoc: %+y—=l =y =i2.

5 5

Do d6: MN = %
)

Trong hé toa do (Oxy), cho elip (E): ;—5+i}—6 =1. Bén kinh qua tiéu cta (E) dat gi4 tri nho
nhét bang
A. 0 B. 1 C. % D. 2

Loi gidi
Chon D.
Tur phuong trinh elip ta c6 {b :4 =>c= \/ﬁ =3. Ban kinh qua tiéu la MF, = a+§x voi
—a<x<a.Suyra a-c<MF, =a+c hay (MFl)mm =a-c=5-3=2.
2 2
Mot elip (E) c6 phuong trinh %-‘F'Z—z =1, trongd6 a >b>0.Biét (E) di qua diém A(2;\/§)

va B(242;0) thi (E) c6 ¢ dai truc bé la

A 4. B. 24/2. C. 2. D. 6.
Loi gidi
Chon A.
2

2\2 2
(E) diqua B(2\/§;0) nén ta co ( az) +2—2=1 suyra a=2+/2.

2 \/5 :
(E) diqua A(2;x/§) nén ta co %4—( bz) =1lsuyra b=2.

Do d6 d6 dai truc bé 2b=4.
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Cau29: Cho (E) c6 hai tiéu diém F,(—4;0), F,(4;0) va diém M thudc (E). Biét chu vi tam gidc
MF,F, bang 18. Khi d6 tam sai ctia (E) béng

2 B2 c.-2 p. -2
18 -5 5 9
Loi giai
Chon B.

Taco FF,=8va c=4.
Corr, = MF, + MF, + F;F, =18 = MF, + MF, =10=2a = a=5.
Tam sai cua elip: ezﬁzi.
a 5

Cau30:  Cho (E) c6 hai tiéu diém F,(—/7;0), F,(/7;0) va diém M(—ﬁ;%} thude (E). Goi N la

diém dbi xtmg v6i M qua gdc toa dd 0. Khi d6

A. NF, + MF, :% B. NF, +M}q=%. C. NF, - NF, =g D. NF, +MF, =8.

Loi giai
Chon B.

N dbi xtimg véi M qua gbc toa do O nén N(ﬁ;—%).

Do d6 NF, + MF, =%
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CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

DANG 2: VIET PHUONG TRINH CHINH TAC CUA ELIP

<0> PHUONG PHAP.

2
X

2
2

{ Phuwong trinh chinh tdc cia Elip ¢6 dang: (E) XY i b =a’ - N

2

Q
ol

<¢> BAI TAP TU LUAN.

Cau 1:

Lap phuong trinh chinh tic cta Elip, biét:

a) Elip di qua diém M (2;9 va c6 mot tidu diém F; (-2;0).

b) Elip nhan £, (5;0) 1a mot tiéu diém va c6 do dai truc nho bang 44/6 .
¢) Elip c6 d6 dai truc 16n bang 25 vatiéu cu béng 2.

d) Elip di qua hai diém M (2—/2) va N (-6:1).

Loi giai

a) Do (E) c6 mot tiéu diém F(-2;0) nén c=2.Suyra a’ =b’+c’ =b" +4.

5 2
. y 2? (j 4 2
Mit khéc, (E) di qua diem M 2;é nén —+ 32 =leo—S—+ 52 =
3 a b b"+4 9b

< 9b* —25h* —100=0 < b* =5 hoic b’ :_%_

2 2
Vay Elip can tim ¢6 phuong trinh (E): % + y? =1.
b) Do (E) c6 mot tiéu diém F, (5;0) nén c=5.
Theo gi thiét d6 dai truc nhd bing 44/6 nén 2b =46 < b=26.

Suyra @’ =b* +¢* =5 +(2J€)2 ~49.

2 2

Vay Elip can tim ¢6 phuong trinh (E): z—9 + % =1.

¢) Do dai truc 16n biang 2+/5 nén 2a =245 < a =+/5. Tiéu cu bing 2 nén 2c=2 < c=1.

Tur hé thie a” =b> +c”,suyra b° =a’ —c* =5-1=4.

2 2
Vay Elip can tim ¢6 phuong trinh (E): x? - y? =1.
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Cau 2:

d Do (E) di qua M(2;—\/§) va N(—\/g;l) nén ta c6 hé phuong trinh

4.2, (L_1
@ b - a2_8<:> a’ =8
6,1 |l 1T =d
@ b b 4

2 2
Vay Elip can tim ¢6 phuong trinh (E): % + yj =1.
Lap phuong trinh chinh tic cta Elip, biét:

a) Elip co tong do dai hai truc bang 8 va tim sai e = L

7
b) Elip c6 tam sai e = TS va hinh chit nhét co sé c6 chu vi bang 20.

¢) Elip ¢6 tiéu diém £ (-2;0) va hinh chit nhat co s& ¢6 dién tich bing 1245 .
Loi gidi
a) Téng do dai hai truc bang 8 nén 2a+2b=8. (1)

Tam sai e=Lc>£=L<:>a=\/§c. (2)

V2 a2
2a+2b=8 {a+b:4 {\/Ec+b:4 {b=4—\/zc
= :

Tu (1) va (2),taco 1 < <
() () < azx/ac a=\/§c a=\/§C

e=—=—

Np

Thay vao hé thuc a” =b> +¢°, ta dugc
2
26> =(4-+2c) +¢* & ¢ -8V2+16 =0 c =42 54

=8+4+2
0V(’)’ic=4\/5+4,suy ra . V2 : khong théa man.
b=-4-42

a=8-42

. Do d6 Elip can tim c6 phuong trinh
b=—4+42

o Véi c=4V2-4, suy ra {

2 2

(E):—= L -1

(-] (w2-4)

J5 3

b) Elip ¢6 tAm sai e=T<:>£=—<:>a=—c. (1)

a 3 \E

Mat khac, Elip c¢6 hinh chtt nhat co s&6 c6 chu wvi br:ing 20 nén
2(2a+2b)=20=a+b=5<b=5-a.(2)
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Thay (1) va (2) vao h¢ thuc a’ =b* +c*, ta duoc

3

(ﬁcjz:(S—a)2+62@(%cT:(S—%cjz—i—cz@cz—%c—FZS:O@ 5

. a=15 . o
o Véi c =55, suy ra 10: khong théa man.

a=3 . 2 2
® Vi c=+/5, suyra {b 5 . Do d¢ Elip can tim c¢6 phuong trinh (E):%+y7:1.

¢) Elip c6 mot tiéu diém F; (-2;0) nén c=2.

Dién tich hinh chit nhit co s6 S =2a.2b=12y5 & ab =35 < a’h? =45. (1)
Mt khéc, ta co a’ =b* +c* =b"+4. (2)

Két hop (1) va (2), ta duoc

a’b? :45<:>(b2 +4)b2 =45 b +4b —45=0<b* =5 hoic b* =-9.

2

2
Véi b* =5, suyra a® =9. Do d6 Elip can tim ¢6 phuong trinh (E): +y? =1.

\o|><

Céau 3: Lap phuong trinh chinh tic cua Elip, biét:

a) Elip di qua diém M (—\/g ; 2) va khoang cach giita hai dudng chuan bang 10.

. . 3 . . . . 25
b) Elip c6 tam sai e = 3 va khoang cach tir tam doi xung ctiia n6é dén mot duong chuan bang 3

. ) 2
¢) Elip ¢6 dg dai truc 16n bang 10 va phuong trinh mot duong chuan la x = 75 .
d) Khoang cach giita cac duong chuin bang 36 va ban kinh qua tiéu diém cua diém M thudc
Elip 1a 9 va 15.
Loi giai

a) Elip di qua diém M(—\/§;2) nén > +Z;iz=1. (1)

I

. . a a a’

Khoang cach gitta hai duong chuan ctia Elipbang 10nén 2.— =10 —=5< -—=5<a" =5¢
e e c

- (2)

Tir (2), két hop v6i hé thue o’ =b* +¢*, taduoc b’ =a’ —c* =5¢—c. (3)

Thay (2), (3) vao (1), ta duoc
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Cau 4:

4
2 Y e 6et9=0o =3
5S¢ 5c—-c

2 15 ‘ 2 2
Véi c=3, suyra {Zz . Do d6 Elip can tim c6 phuong trinh (E):ic—5+y?=1.
=6
b) Ta cod e:§<:>£:§<:>c:§a.
5 a 5 5

. . . 2
Elip c6 khoang céach tir tdim doi xing O dén mot duong chuan mdt khoang bang ?5 nén

25

a 25 a’ 25
=?<:>a:5.

a2

= 5

e 3 c 3 éa
5

Véi a=5,suyra c=3va b’ =a’—c*=16.

2 2

Do d¢ Elip can tim ¢6 phuong trinh (E): % +i/—6 =1.

¢) Elip c6 do dai truc 16n bang 10 nén 2a=10<=a=5.
Mit khac, Elip c¢6 phuong trinh mot duong chuan

25 a 25 a* 25 5% 25
Xe— o —=— o —=—o—=—c=4.
4 e 4 c 4 c

2 2
Suyra b* =a’ —¢* =25-16=9. Do d6 Elip can tim c6 phuong trinh (E):%+y?=l.
T a a’ a’
d) Elip c6 khoang céach gilra hai duong chuan bang 36 nén 2.— =36 < 2.—=36 < —=18.
e ¢ ¢
MF, =a+ex=9
Mat khac, ta c6 suyra 2a=24<a=12.
MF, =a—-ex=15

Véi a=12,suyra c=8 va b* =a’ —¢* =144—64=80. Do d6 Elip can tim c6 phuong trinh

2
(E): 1% + g_o =1,

Lap phwong trinh chinh tic cta Elip, biét:

a) Elip c6 hinh chi¥ nhét co s& ndi tiép duong tron (C):x” +y* =41 va di qua diém 4(0;5).

b) Elip ¢6 hinh chi nhat co s¢ ndi tiép duong trdn (C):x* +»* =21 va diém M (1;2) nhin hai
tiéu diém cua Elip dudi mot goc 60°.

¢) Mét canh hinh chir nhat co so cua Elip nam trén d : x — \/g =0 va do dai duong chéo hinh chir
nhat bang 6.
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CHUYEN PE IX — TOAN 10 — CHUONG IX — PHUONG PHAP TOA PO TRONG MAT PHANG
d) Tt giac ABCD 13 hinh thoi c6 bdn dinh trung véi cac dinh cua Elip. Ban kinh ctia duong tron
ndi tiép hinh thoi bang V2 va tam sai cua Elip bing % .
Loi gidi
a) Elip di qua A4(0;5)e Oy, suyra b=5.
Phuong trinh céc canh cta hinh chit nhat co s¢ la: x =+a; y=15.
Suy ra mdt dinh ctia hinh chir nhat co s6 14 (@;5). Theo gia thiét (a;5) thudc duong tron (C)

Sat+25=41<4d* =16.

2 2
Vay Elip can tim ¢6 phuong trinh (E): ic_6 + 55 1.

b) Theo gia thiét bai toan, ta c6 FMF, =60 suy ra

FF,”> = MF + MF,> —2MF,.MF,.cos 60°

o dc =(1+c) +4+(1-c) +4-2(1+¢) +4(1-¢)’ +4%

4c? =26 +10—\(1+c) +4a(1=c) +4 < J(1+¢) +4./(1=c) +4=10-2¢"

2
o 10-2¢°20 {O<CS\/§ ,_23+4419
—

& =
[(1+e) +4 ] [(1=c) +4]=(10-2¢*) 7 |3¢* ~d6¢* +75=0

Phuong trinh cac canh cta hinh chit nhat co s 1a: x=+a; y==b.

Suy ra mot dinh ciia hinh chi nhat co s 1 (a;b). Theo gia thiét (a;b) thudc duong tron (C)

nén a’ +b*> =21.

PR 2 2 2 2 2 2
Laicdo a" =b"+c",suyraa —b" =c".

Baafis | o = B2
o Véi CZ=+—,taCé 23+4\/E© 3 .
3 T =L I VN T
3
x2 y2
Suyra (£): + =1.
yra (E) 43+2419  20-219
3 3
23-4419 a'+b’ =21 o -2
o Véi c2=_—,tacé 23_4\/@@ 3 .
3 az—bzzT b2_20+2\/5
3
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Cau 5:

2 2
X Yy
Suyra (£): + =1.
4 ( ) 43-2+19 20+2+19
3 3

Viy ¢6 hai Elip can tim thoa yéu cau bai toan:

x2 y2 x2 y2
E): + =1 hoic (E): + =1.
(£) 434219 20-219 e (£) 43-2J19  20+219

3 3 3 3

¢) Phuong trinh cac canh cua hinh chit nhat co sd la: x==+a; y=1b.
Theo gia thiét, mot canh hinh chit nhat co s 13 d :x— J5=0 ,suyra a = J5.
Do dai dudng chéo hinh chit nhét co s bang 6 nén

Vaa® +4b* =6 < 4a” +4b° =36 <= 20+ 4b> =36 <= b* =4.
. x2 2
Vay Elip can tim ¢6 phuong trinh (E)?+y7 =1.

| 1
d) Elip ¢6 tim sai e = — <> <=~ <> a = 2c.
a

Elip c6 cac dinh 4 (-a;0), 4,(a;0), B,(0;-b), B,(0;b). Goi H 1ahinh chiéu cua O 1én 4,B,

Theo gia thiét suy ra ban kinh ciia duong tron di cho bang OH . Ta c6

1 1 1 11 1

R SN SR Sttt 1t 1.1 .7
OH> 04> OB*> 2 d* b 2 4 d*-c* 2 4 37 6

Suyra a’ =4c’ :% vab'=da’-c =%.

2 2
Vay Elip can tim ¢6 phuong trinh (E): f—4+y7 =1
)

Lap phuong trinh chinh tic cta Elip, biét

a) Tt giac ABCD 1a hinh thoi c6 bdn dinh tring véi cac dinh cua Elip. Puong tron tiép xtc voi
cac canh cua hinh thoi ¢6 phwong trinh (C):x*+y* =4 va AC=2BD, A thudc Ox.

b) Elip c6 d¢ dai truc 16n bang 8 va giao diém cua Elip véi duong tron (C): x* + »* =8 tao thanh
bbn dinh ctia mot hinh vudng.

¢) Elip c6 tAm sai e = 3 va giao diém cua Elip véi duong tron (C):x* +y* =9 tai bon diém 4,
B, C, D saocho AB song song v&i Ox va AB=3BC.

d) Elip c6 d6 dai truc 16n biang 42 , cac dinh trén truc nho va cac tiéu diém cua Elip cung nam
trén mot duong tron.
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Loi gidi
a) Gia stir mot dinh ctia hinh thoi 14 4(a;0). Suy ra AC =2a va BD=2b.
Theo gia thiét
AC=2BD & 2a=22b<=a=2b.
Duong tron (C) c6 R=2.Goi H 1a hinh chiéu cia O 1én 4B véi B(0;b). Khi do ta c6

111 11

+ = = =
04> OB* OH* R* 4
1

1 1

1 1 1
—+ - — b =5.
a> b* 4  4p* b 4

f—

2 2
Suy ra a® =20. Vay Elip can tim c6 phuong trinh (E) :;—O +y? =1.

b) Elip c6 do dai truc 16n bang 8 nén 2a =8 < a=4.
Do (E) va (C) déu c6 thm dbi xtmg la O va hai tryc d6i xtmg 1a Ox va Oy nén hinh vudng
tao boi giita chiing ciing co tinh chat twong ty. Do d6 ta gia sir goi mot dinh cua hinh vudng 1a

M (x;x) véi x>0.Vi M e(C)

ox’+x’=8cx" =4 suyra x=2=M(2;2).

Tacc')Me(E)c>12+izzl<:>i+izzl<:>b2=E.
a b 16 b 3
. x2 y2
Vay Elip can tim c6 phuong trinh (E) :E +E =1.
3
VO . 1 ¢
c)Elipcétdmsai e=—<—=—<a=3c.
a

bat BC=x vo1 x>0, suyra AB =3x. Gia st mot dinh A(%x;%xj. Taco

2

A (o4 200)
: |

1 1
Ae(C)@%x2+Zx2 =9& X =?8 suyra x

10 10
Mat khac,
Ae(E)e 812+L2=1<:> 81 ~+ 29 ~=l 92+ 92:1<:>02:£.
10a®>  10b 10(3¢)” 10(a*-¢?) 10> 80c 80
Suy ra a2:902:EVéb2:a2—02:%.
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Ciu 6:

2 2
Vay Elip can tim ¢6 phuong trinh (E): =59 +% =1.
80 10

d) bo dai truc 16n béng 4x/§ nén 2a = 4\/5 Sa= 2x/§.
Céc dinh trén truc nho va cic tiéu diém cung thudc duong tronnén b=c.

T hé thic @* =b* +¢* < 8=2b" & b’ =4.
. x2 2
Vay Elip can tim ¢6 phuong trinh (E):§+y7=1.

Lap phuong trinh chinh tic cua Elip, biét

a) Elip c6 hai dinh trén truc nho cing véi hai tiéu diém tao thanh mot hinh vudng c6 dién tich
bang 32.

b) Elip c6 mot dinh va hai tiéu diém tao thanh mot tam giac déu va chu vi hinh chit nhat co s&

ctia Elip bang 12(2+\/§).

¢) Elip di qua diém M (2\6 : 2) va M nhin hai tiéu diém cta Elip dudi mét goc vudng.
. . < R \/5 N A R \ 5 7, A 7 0
d) Elip di qua diém M 1;7 va tiéu diém nhin truc nhé dudi mot goc 60°.

Loi giai
a) Hai dinh trén truc nho va hai tiéu diém tao thanh mot hinh vuong nén b=c.

Mit khac, dién tich hinh vuong bang 32 nén 2¢.2b =32 < b* =8.

2 2
Suyra a’ =b> +¢’ =16. Vay Elip can tim c¢6 phuong trinh (E):ic_6+y?:1'

b) Chu vi hinh chit nhat co so
C=12(2+3) = 2(2a+2b) =12(2+3) = a+b=3(2++3). (1)
Gia st tam giac FFB, déu canh FF,=2c ma BOLFF, suy ra

& 5

OB, === FF, <:>b:7.2c:\/§c. (2)

Tir (1) v (2), suyra a=3(2+3)-b=3(2+3)-f3c.
Thay vao hé thuc a® =b* +¢°, ta dugc
[(6+3x/§)—\/§cT =3c’+c* o +6\/§(2+\/§)C—(6+3\/§)2 =0 c=3

hoiic ¢=-123-21.
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Cau 7:

Véi ¢c=3,suyra a=6 va b=233. Vay Elip cin tim ¢6 phuong trinh (E):%+£:1.
¢) Tir gia thiét, ta suy ra FMF, =90° hay MF, 1 MF,

& MF.MF, =0 (-c=2\3)(c-2V3)+4=0c ¢’ =16.

Hon nira (E£) qua M nén

L—%+%zl@%+%zl@12bz+4b2+64=b4+16b2 Sbt =64 b7 =8.

2 2
Suyra @’ =b*+¢’ =24. Vay Elip cin tim ¢6 phuong trinh (E) :%+% =1.

d) Tur gia thiét, ta suy ra Z{I:]\Bz =60° ma FB =FB,. Suy ra tam gidc FB,B, déu canh
BB, =2b nén

V3 V3

FO=="BB, <:>c=72b©c:\/§b. (1)

V) .13 1 3
Hon nua (E) qua MLI,T nen ?+4—bz:1<:>4—b2+4—b2:1<:>b2 =1. (2)
Tir (1) va (2), két hop v6i hé thic a® =b>+¢*, ta duge a” =4.

2 2

Vay Elip can tim ¢6 phuong trinh (E) :x? + 2o,

1
Lap phuong trinh chinh tic cta Elip, biét
) Elip c6 mt tiéu diém F}(—/3;0) va di qua diém M , biét tam gidc FMF, c6 dién tich bing
1 va vuong tai M .

b) Elip di qua ba dinh cta tam gidc déu ABC. Biét tam gidc ABC c6 truc ddi xting 1a Oy,

4943

12

A(0;2) va co dién tich bang
¢) Khi M thay dbi trén Elip thi do dai nho nhit cia OM bang 4 va d6 dai 16n nhat caa MF,
bang 8 véi F, 1a tiéu diém c6 hoanh do am ctia Elip.

Loi giai
a) Elip c6 tiéu diém F (—\/5;0), suyra ¢ = V3.

Goi M (x;y)e(E). Theo gia thiét, ta co

S

AF,MF,

=1c>%MFl.MFz=1
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2
c:>%(a+ex)(a—ex):1<:>c12—ezx2 =24l —c—z.x2 =2
a

@az—%.x2:2©x2=f.(l)
Cung tuv MF, L MF,, taco MFMF 0<:>( )(c x)+( y)(—y)zO
ox+y'=c=3.(2)

(az _2)612 _9-a'+2d°

T (1) va (2),ta e y* =3-2" =3 — ==

Do do

a-2 9-a*+2a°
M(xy)e(E)oXt+l 1o =1
(x;v)e(E) Tt T 3(a2_3)

<:>(a2 —2)(a2 —3)+9—a4+2a2 =3’ -9 a’=4.

Suy ra b* =1. Vay Elip can tim c6 phuong trinh (E): XT T 1.

b) Tam gidc ABC déu, c6 diem A(0;2)e Oy va truc di xtmg 1a Oy nén hai diém B, C dbi
xtrng nhau qua Oy .

Gia st B(x;y) voi x>0,y <2, suyra C(—x;y). D0 dai canh ciia tam giac la 2x.

Theo gia thiét, ta c6

493 (x)zﬁ 493 7

N = suyra x =—-=.

12 4 12’ 23

Puong cao cua tam giac déu

2)6\/_

7 3
«f——<:>2 =—oy=—
4 2 4 2’

oo 122

Dén day bai toan tr& thanh viét phuong trinh Elip di qua hai diém 4(0;2) va B (L ; ij .

2372

h=

Vay Elip can tim ¢6 phuong trinh (E):>=+=—=1.

¢) D6 dai nho nhét cia OM bang 4 nén b=4.

Mt khéc, ta lai c6 do dai 16n nhat cia MF, bang 8 nén a+c=8.
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: a’=16+c =

a+c=38 a+c=38 a
Tt d6 ta c6 hé phuong trinh , L, , suyra
a =b"+c

2 2

Vay Elip can tim ¢6 phuong trinh (E) AR
25 16
<¢> BAI TAP TRAC NGHIEM.
Cau 1: Phuong trinh chinh tic cta Elip 1a
2 2 2 2
Y XY
A. —2+b—2=—1. B a—z—b—zzl
2 2 2 2
C.Z+2 =1 (a>b>0). D. = -2 -1,
a b a b
Loi giai
Chon'C
Cau 2: Phuong trinh chinh tic cia elip c6 tiéu cu bang 6 va truc 16n bang 10.
2 2 2 2 2 2 2 2
A+ 2 o, B. —+2 =1. c. -2 -1, D. —+2 =
25 9 100 81 25 16 25 16
Loi giai
Chon D

2 2
Goi phuong trinh elip 1a x—2+Z—2:1.
a
Vi tryc 16n bang 10 nén 2a=10=>a=5.
Elip c6 tiéu cu bing 6 nén 2c=6=>c=3=>+a’-b* =3=b=4.
2 2

Vay phuong trinh Elip la: ;—5 + 2 =1,

16

Cau3:  Phuong trinh ctia Elip (£) c6 d6 dai truc 16n bing 8, d¢ dai truc nho bang 6 la:
2 2 2 2

A. 9% +16y> =144. B.9xX+16y°=1. C.—+2L =1, D. = +L =1,
9 16 64 36

Loi giai

Chon'A

2 2
Goi (E):%+g—2=l;(a>b)

Do daitruclonla: 44, =2a=8=a=4
Do dai trycnho la: BB, =2b=6=b=3

2 2

Vay phuong trinh Elip 1: (E): f—6+% =1 9x> +16y> =144
Caud:  Cho (E) c6 hinh chit nhat co s¢ dién tich bang 8, chu vi bang 6 thi phuong trinh chinh téc la:

x2 2 x2
A2 o, g.—+y—:1.
2 1 4
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Caiu 5:

Ciu 6:

Cau 7:

Caiu 8:

x2 2 xZ 2
c. Z+X o D. +L =1,

4 2 16 4

Loi gidi

Chon B

; 2a-2b =8 a=2 n , . x2 y2
Ta co: = . VayPTCT cta (E) la: —+=—=1.

2a+2b=6 b=1 4 1
4

Cho (E) c6 tiéu diém K (—4;0) , F, (4;0) , tam sai e = g thi phuong trinh la:

A. 4x* +5y*=20. B. 16x> +25y” =400
C. 9x* +25y*=225. D.9x*+16y> =144.

Loi giai
Chon'C

E(_450) —4 xZ 2
Taco: { 4 = = b>=25-16=9 Vay PTCT ctia (E) la: 2=+ =1

5

xZ 2

T L o1 o 9x? 4252 =225,

25 9

Trong mat phéng v6i hé truc toa do Oxy, cho elip (E ) c6 d6 dai truc 16n béng 12 va @0 dai truc

bé bang 6. Phuong trinh nao sau ddy la phuong trinh ca elip (£)

2 2 2 2 2 2 2 2

A X oy B. 2 +2 -1 [ A p. ~ 2 —o¢
144 36 9 36 36 9 144 36

Loi giai

Chon C
2 2
Phuong trinh chinh tdc cta elip c6 dang (E) :x—erJb/—2 =1 (a,b>0).
a
x2 2

Tacod a=6, b=3, vay phuong trinh cta Elip la: —+%—1

’ . . 1 .
Tim phuong trinh chinh tac cta Elip c6 tam sai bang 3 va truc 16n bang 6.

2 2 2 2 2

2 2
AL o g.x—+y—:1. c Z+L o1, D. =+ o1
9 3 9 8 5 6 5

Chon B

2 2
Phuong trinh chinh tic ctia Elip c6 dang x_2+ Z—z =1 (a >b> O) .
a

C 1 1
Theo gia thiét: e=§:>£=—:>a:3c Val2a=6oa=3=c=1
a

Khidd: a*=b*+c* =3 = +1 b =8<=b=22

2 2

Viy phuong trinh chinh tic cua Elip la: % + y? =1.

Phuong trinh Elip c6 truc 16n bang 25 va mot tiéu diém F (—1; O) la:
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Cau 9:

Cau 10:

Cau 11:

A. 4x* +5y*=20. B. 4x° +5y° =12. C. 5x" +4y” =20 D. 5x° +4y° =12.
Loi giai

Chon'A

Taco: 2a =25 < a=A/5.

b’ zaz—czzx/gz—l2 =4,

2 2

Vay phuong trinh Elip c¢6 dang: x? +y7 =1 4x7 +5y* =20.

Phuong trinh chinh tic cta (E ) ¢6 d6 dai truc 16n bang 8, truc nho bang 6 1a

2 2 2 2 2 2

A+ o, B. -+ —1. C.ox’+16y*=1. D.—+2 =1,
64 36 9 16 16 9
Loi giai
Chon B
 |2a=8 a=4
Ta co: = .
2b=6 b=3
i x2 2
Vay phuong trinh chinh tac ctua (E) £+%:1
Phuong trinh chinh tdc cua (E) c6 tim sai e=§,d© dai truc nho bang 12 1a
x2 2 x2 2 xz 2 x2 2
A+, B. - +2X -1, c > 2 -1 D. —+2 =1
25 36 64 36 100 3 36 25
Loi giai
Chon|C
4 2 2 2 2 2
, le=— S5c=4a 25¢" =16a 25(61 —-b )=16a a=10
Ta co: 5 & - & b6 & & het
2b=12 - - b=6 -
2 yZ
Vay phuong trinh cia (£): —+=—=1.
P PROnS () {0036

Phuong trinh chinh tdc cta (E) c6 d¢ dai truc 16n bing 6, ti s6 gifra tiéu cu va do dai truc 16n

1
bang — la

3

X2 2 X2 2 xZ 2 X2 2
AL o g.—+y—:1. c. +L o1, D. =+ o1,
9 3 9 8 19 5 6 5

Loi giai

Chon B

* Do d6 dai truc 16n bang 6 nén 2a =6 = a =3.
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Cau 12:

Cau 13:

Cau 14:

Cau 15:

L em A N A g , 3 1 n 2C C 1
* Do ty s0 gifra tiéu cu va do dai truc Ién bang — nén —=—=—=a=3c =>c=1.
3 2a a 3
2

2
* Ta co: b2=a2—c2=9—1=8:>(E):x—+y?:1.

Elip 6 hai dinh (=3;0); (3;0) va hai tiéu diém (~1;0) va (1;0) c6 phuong trinh chinh tdc la
2 2 2 2 2 2 2 2
A2 o, B. —+2 1. c.+< 1. D. - +2 -1,
8 9 ~ 9 8 9 4 9 2
Loi giai
Chon B

A1 as , |4 2 2 2
Theodebaltaco{ l:>b =a" —c" =8.
C =

2 2

Vay phuong trinh chinh tic cia Elip da cho 1a % + y? =1

Phuong trinh chinh tdc cua (E) c6 d6 dai truc 16n gap 2 1an do dai truc nho va tiéu cu bang

43 1a

2 2 2 2 2 2 2 2

Ay o B. Y 1. c. XX 1. ) J A
36 9 36 24 24 6 16
Loi gidi
Chon'D

* Do d6 dai truc 1on gép 2 lan d6 dai truc nho nén 2a =2.2b = a = 2b.

* Do tiéu cu bang 43 nén 2c=43 = c=23.

2 2
*Tacc’):b2:a2—02<:>b2:4b2—12:>b=2:>a=4:>(E):iC—6+yT=1.

Phuong trinh chinh tic ctia (E) ¢6 dudng chuin x+4 =0 va tiéu diém F (—1;0) la
x2 2 x2 2 x2 2 x2 2
A+ X o, B. =+ =1. C. +2 o1, D. —+2 1.
4 3 16 15 16 9 9 8

Chon'A

* Do duong chuan 1a x+4=0 < x=—4 nén Tt —45a2=4c.
e c

* Do ¢6 tiéu diém F(-1;0) nén c=1=a=2, b*=a’-c* =3.

2 2
* Phuong trinh chinh tdc cta (E) 1a (E) :%+y? =1.

Phuong trinh chinh tic ctia (E ) c6 tidu cy bang 6 va di qua diém A(S; O) la
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Cau 16:

Cau 17:

Cau 18:

xZ 2 x2 2 x2 2 xZ 2
A+ 2 o1, B. —+2X =1. c.+2 -1, D. —+2 =
100 81 15 16 25 9 25 16

Loi gidi
Chon'D

* Do (E) 6 tiéu cw bang 6 nén 2c=6 = c=3.

*Do (E) di quadiem A4(5;0) nén a=5=5"=a"-c*=25-9=16.

2 2

* Phuong trinh chinh tic cta (E) la (E):x—+y—: 1.
25 16
2 1
Elip ¢6 hai tiéu diém F}(~1;0); F, (1;0) va tdm sai e = 3 c6 phuong trinh 1a
2 2 2 2 2 2 2 2
A2 o, B. 2 +2 —1. c. 4+ 2 o, D. 4+ 2 -
25 24 24 25 24 25 25 24
Loi giai
Chon' A
2 2
Phuong trinh chinh tic ctia (E) 1a x—2+Z—2 =1 (a>b>0)
a
Tiéu diém F,(-1;0)=c =1
Télmsaie:l <:>£:l<:>a=50=5
a
=>b’=a’-c*=25-1=24.
xZ y2
Vay (E):—+=—=1.
.y( )25 24

Trong hé truc toa do Oxy, mot elip c6 do dai truc 16n 1a 8, d6 dai truc bé la 6 thi c6 phuong

trinh chinh tic 1a.

2 2 2 2 2 2 2 2
A2 o B. 2 +2 1. c 2o ) S A
9 16 64 36 16 9 16 7

Loi gisi
Chon C

bodaitruclonla 8 =2a=8<=a=4

b6 daitrucnhdla 6=2b=6<=b=3

2 2 2 2
Phuong trinh chinh tic cua elip 1a x_2+y_ _le X Lo
a

b’ 16 9

2 2
Céc dinh cta Elip (E) ¢6 phuong trinh Z_Z + Z—z =1; (a>b>0) tao thanh hinh thoi c6 mot goc

& dinh 14 60°, tiéu cu clia (E) 1a 8, thé thi @’ +b* =2
A. 16. B. 32. C. 64. D. 128.
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Cau 19:

Cau 20:

Loi giai

Chon'D

Goi hinh thoi 13 ABCD va A=60°.

Tieucyla 8 = o’ —b’ =64 (1).
Mait khac xét tam gidc 4OB vudng tai O c6 goc BAO =30° nén

OB =0A4tan30° < b =a.tan30° = ?a thay vao phuong trinh (1)

ta duoc %az =64 & a°=96=b"=32.Vay a’ +b* =128.

Trong mit phiang toa dd Oxy, cho Elip (E ) di qua diém M (0;3). Biét khoang cach 16n nhat

gifta hai diém bat ki trén (E ) bang 8. Phuong trinh chinh tic cua Elip 1a

2 2 2 2 2 2 2 2

A B. =+ =1 c.Z+L =1 D. - +2X =1
9 16 16 9 9 64 64 9
Loi giai
Chon B

M(0;3)e(E)=>b=3.

khoang cach 16n nhét giira hai diém bat ki trén (E) bing 8 = a=4.

2 2
Phuong trinh chinh tic cta (E): " +% =1.
B x2 2 9
Trong mat phang voi hé truc toa do Oxy cho dudng elip (E):£+y?:1 va hai diém
M (=5-1),N(-L1). Biém K thay déi trén elip (E). Dién tich tam gidc MNK 16n nhat bang
A. 95, B.%. C.9. D. 18.
Loi giai
Chon' C
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+ Taco
. MN =(4;2)= MN =25
.MN:x-2y+3=0 hay MN:y:%yH%

Sen :%.MN.d(K,MN)

1 |x,—2y0+3|
== 2Y5.F—F—=
2 s V5

= S, 16n nhatkhi d(K,MN) 16n nhat.

x, =2y, +3| voi K(x,3,)

+ Nhan thay (E) c6 hai tiép tuyén song song voi MN , goi 4, B 1a hai tiép diém twong ung. Khi
d6 d(K,MN) 16n nhatkhi K = B.

2 2
x_0+y_0_1 x, =%

- o

+Ma tiép tuyén tai K (x,;,) c6 phuong trinh la: XX Yo 1 hay y=— X >
16 5 16y, v,
+ Tu do ta co:
=5x, 1 5
= — y =—"x
16y, 2 R 8 5
3

16 5

Cau 21:  Cho elip (E)f_6+% =1. Xét cac diém M, N lan lugt thudc cac tia Ox, Oy sao cho duong

thang MN tiép xtc véi (E). Hoi do dai ngén nhét cia MN 1a bao nhiéu?
A 6. B. 7. C.8. D.9.
Loi giai

Chon B

Goi M (m;0), N(0;n) v6i m,n>0= MN’ =m’ +n’. Duong thing MN: 2421,

m n
Cich 1: Dung diéu kién tiép tuyén ciia elip chinh tic
, x2 y2 5 ,
+) Elip chinh tac (E) :—+7 =1 va duwong thang A: Ax+ By +C =0 tiép xuc voi nhau khi va
a

chi khi a*A* +b*B* = C*.

+) Phuirong trinh tiép tuyén cia elip chinh tdc tai M(xy;,) la: x—3x+%y =1.
a
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y . 16 9 ’
MN ti€p xtc véi (E) < —+—=1.Taco 121—62"‘%2 (42+3)2
m- n m- n- m +n

—=m’+n°>49=MN,_ =7.
Ciach 2: Dung diéu kién tiép xic

Pudng thing MN : 2 +2 =1= y=—" x 1+ 1 tiép xtic véi elip khi va chi khi phuong trinh

m n m

2
. o
XN m T e nghiém kép (:}[—-}- " ]xz—iw%—l—o c6 nghiém kép

16 9 16 9m* 9m
2 2 2
SA'= nz—n— 1:0<:>nz: 2m .
O9m~ 144 6 m-—16
4 2 2 2
Khi d6 MN =m? +n —\/m + \/m om 784 g9 - | =28 49y
m*—16 m-—16 m-—16

Nhdn xét: Ca 2 cach 1am trén hién tai khong c6 trong chuong trinh phd thong, nguoi ra bai
toan nay khong nim dugc chwong trinh méi.

DANG 3: TIM DPIEM THUQC ELIP THOA PIEU KIEN CHO TRUOC

<0> PHUONG PHAP.
Xy

Cho Elip ¢6 phuong trinh chinh tic: (E): = +==1véi b’ =a’ -c’.

Q
@‘

e M(x;y)e(E).Khidé MF, =a-+ex: ban kinh qua tiéu diém trai.
MF, = a—ex : ban kinh qua tiéu diém phai.
2 2

<¢> BAI TAP TU LUAN.
Yy

Cau 1: a) Trong mat phfmg v6i1 he toa do Oxy, cho Elip (E) : %JFE =1. Goi F}, F, la hai ti€u diém

cua Elip; 4, B 1 hai diém thu¢c (E) sao cho AF, +BF, =8. Tinh AF, + BF,.

2 2

b) Trong mit phing véi hé toa do Oxy, cho Elip (E) :%+ y? =1.Goi F,, F, 1a hai tiéu diém

ctia Elip trong d6 F, c6 hoanh d¢ 4m. Tim toa d diém M thudc (E) sao cho MF, = 2MF,.

2 2

c) Trong mit phang véi hé toa d Oxy, cho Elip (E): % + yj =1.Goi F,, F, 14 hai tiéu diém

ctia Elip trong d6 F, c6 hoanh d¢ am. Tim toa do diém M thudc (E) sao cho MF,—MF, =2.

Loi giai
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Cau 2:

a)Taco a’=25=a=5.Do 4, Be(E) nén
AF, + AF, =2a =10 va BF, + BF, =2a=10.
Suyra AF, + AF, + BF, + BF, =20 < 8+ AF, + BF; =20 < AF, + BF, =12.

b)Tacd a>=9=a=3vab>=5=b=+/5.Suyra > =a*-b*=4=c=2.

2
Goi M (x;y)e(E). Taco MF, = 2MF, <:>a+ex:2(a—ex)<:>x:3i:;l—:%.Thayvélo (E)
e 3c
2
, ta duoc i+y?:1<:>yz:%@y:ig.

Vay M i;—ﬁ hodac M E,E .
2 2 2 2

©)Tacd a*>=8=a=2v2 vab*=4=b=2.Suyra > =a*—-b =4=c=2.

Goi M (x;y)e(E). Ta co MFl—MFz:2<:>a+ex—(a—ex):2@x:lzgz—=\/§.
c

Q
(\S]

2
Thay vao (E), ta dugc §+y7:1<:>y2 =3 y=+3.
Vay M(\/E;—\B) hogc M(ﬁ;\@).

2 2

a) Trong mit phing véi hé toa dd Oxy, cho Elip (E): %+yT =1. Tim nhiing diém M thudc

(E) sao cho né nhin hai tiéu diém cta (E) duéi mot géc vudng.

2

b) Trong mit phing voi hé toa dd Oxy, cho Elip (E): XT +y? =1 v6i hai tiéu diém F,, F,. Tim

toa do diém M thudc (E) sao cho goc FMF, =60".

2 2

¢) Trong mit phiang voi hé toa dd Oxy, cho Elip (E )ZI)CW_'—;_S =1 v6i hai tiéu diém F, F,.

Tim toa do diém M thuc (E) sao cho goc FMF, =120,

2 2

d) Trong mit phang véi hé toa dd Oxy, cho Elip (E): % + % =1 v6i hai tiéu diém F,, F, trong

d6 F; c6 hoanh do am. Tim toa d6 diém M thudc (E) sao cho goc ]\ZVI\F2 =120°.
Loi giai
a)Tacd a*>=9=a=3vab*=1=b=1.Suyra c’=a’—b*=2=c=22.

Goi M (x;y)e(E). Taco EMF,=90° nén F,F,> = MF? + MF,’
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40 = (a +ex)2 +(a —e)c)2 < 32=24% +2e%x7

63 37

<:>32:18+2.§.x2 < x? :?Qx:i—

22
Thay vao (E), ta dugc yzzlay:iL.
8 22
vay m| BT (T ) (YT e e[ T L)
22 22 W2 22 227242 227 22

b)Tacd a*=4=>a=2va b’ =1=b=1.Suyra c’ =a’—b*=3=c=+3.

Goi M (x;y)e(E). Tacd FF,’ =MF’+MF,’ —2MF,.MF,.cos 60°

=40 = (a+ex)2 Jr(a—ex)2 —2(a+ex)(a—ex)%<:> 12=24a" +2e°x* —a* +&°x*

42
@xzzlz 2a =£ =i4 2
3e 9 3
Thay vao (E), ta dugc £+y2:1©y2:l©y:il.
9.4 9 3
vay a2 (A2 1) [ A2 e [ B2 1)
3 3 3 3 3 3 3 3

c)Tacd a>=100=>a=10 va b>=25=b=5.Suyra ¢’ =a’—b* =75=c=53.

Goi M (x;y)e(E). Taco FF,’ =MF’+MF,” —2MF,.MF, cos120°

o4t = (a+ex)2 +(a—ex)2 —2(a+ex)(a—ex)(—%} < 300=2a" +2e*x* +a* —e*x?
<300=3a>+e’x* ©300=300+¢’x* @ x*=0< x=0.

2

Thay vao (E), ta dugc l+y—:1<:>y2 =25& y=45.

100 25
Vay M (0;5) hodc M (0;-5).
d)Tacod a*=25=a=5vab’=9=b=3.Suyrac’ =a’-b’=16=>c=4.

Goi M (x;y)e(E). Tacd MF,’ = MF + F,F,’ —2MF,.F,F, cos120’

& (a—ex) =(a+er) +4¢ —2(a+ex)2c(_%j

<:>4aex+4cz+2ac+2ecx:0<:>x:—%.
243 93
Thay vao (E), tadugec )y’ =—— < y=+——.
yvio () V06 TV T s
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Cau 3:

14 14

Vay M[—ﬁ —QIJ M[—ﬁ;——gﬁ].
, x2 2 Y
a) Trong mat phang v6i hé toa dd Oxy, cho Elip (E): TJFyT =1 vadiém C(2;0). Tim toa do

cacdiem A, B thudc (E),biétrang A, B doi xtmg voi nhau qua tryc hoanh va tam gidc 4BC
1a tam giac déu.

2 2

b) Trong mit phing voi hé toa do Oxy, cho Elip (E): %-'_yT =1. Tim toa dd cac diém A4 va

B thudc (E) c6 hoanh d¢ duong sao cho tam gidc OAB can tai O va c6 dién tich 16n nhat.

2 2

¢) Trong mét phang v6i hé toa dd Oxy, cho Elip (E): %+yT =1 vadiém 4(3;0). Tim toa do

cac diém B, C thudc (E) sao cho tam gidc ABC vudng can tai 4, biét B c6 tung do duong.
Loi giai

a)acd @’ =4=a=2vab =1=b=1.Suyra c’ =a’—b*=3=c=+3.

Gid sir A(x;y) suyra B(x;—y). Theo gia thiét, tam gidc ABC déu

AC* =AB* = (2—x) +y* =4y & (2-x) =3y* . (1)

2 2

Hon nita Ae(E)@%+yT=1<:>x2+4y2=4. (2)

Tir (1) va (2), tacod

(2—x)2—3y2 yz—l—x—2 x=2 x=2 k=2

{ ) ) = 4 <:>{ 0 hodc 7 hodc )
YAT=4 7 cierea=0 Y y:4_ y:_ﬁ
Vit m khie € nan d| 23] (2. _ﬂ A2 8B G248
1 A, B khac nén 7 | 7 hodc 7T va B 7 at

b) Do tam giac OAB cantai O va A, B déu co hoanh d6 dwong nén 4, B ddi xtng nhau
qua Ox .

Gia sit A(x;y) véi x>0, suyra B(x;—y). Goi H 14 hinh chiéu cia O 1én 4B . Khi d6 ta
co

1 1
Srous =EAB.OH =5|2y|x=x|y|-

] (s B X
Ap dung bat déng thitc Cauchy , ta cb 1=7+y 22.§.|y|:x|y|.
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Cau 4:

A . . x2 2
Do d6 8,5 <1. Dau "=" xay ra khi va chi khi: i v,

2 2

1
Thay vao (E),tadu’(_)’c %+yT=1<:>y2+y2 =ley’ =

1

— o y=tft—.
2 4 2
Suyra x> =2=x=+/2.

Vay A(\/E;%j va B(ﬁ;—%} hoc A[\/E;—%j va B[ﬁ;%}.

¢) Goi B(x;y) véi x>0.
Do tam giac ABC vudng cantai 4,suyra B va C d6i ximg nhau qua Ox nén C(x; —y).

Taco AB L AC < ABAC=0<x(x-3) —y*=0. (1)

2 2

Hon nifa, BE(E)C>%+yT=1. (2)

Tir (1) va (2), taco

) 2 2 12
(x=3)'=»"=0 |y =1-" Y =1-= =3 s
PR = 9 , = o 9 @{ _Ohoé.c ;
?+T=1 (x_3)2_1+%:0 ?x2—6x+8:o V= y=i§

12 3 12 3
Vi 4, B khac C nén B —;= |, C| —;—=|.
55 5 5

2 2

, X ,
a) Trong mat phang véi hé toa d6 Oxy, cho Elip (E)IE-I-)}?:I va hai diém A(—5;—1),

B(—1;1). Xac dinh toa d6 diém M thudc (E ) sao cho dién tich tam giac MAB 16n nhat.

2 2
, x .
b) Trong mat phang v&i hé toa 0 Oxy, cho Elip (E) : ry +—y2 =1 va hai diém A(3;4) , B(5;3).

Tim trén (E ) diém C sao cho tam gidc ABC c6 dién tich bang 4,5.

2 2
, X .
¢) Trong mit phing véi hé toa dd Oxy , cho Elip (E): ry + _yl =1. Tim trén (E) nhimg diém sao

cho khoang céch tir diém d6 dén duong thing & : 2x —3y +1=0 la 16n nhit.
Loi giai
x2 y2
a) Goi M(x;y) € (E) nén E-{_? =1. Phuong trinh duong thang AB:x—-2y+3=0.

Ta c6
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Sauts :%AB.d(M,AB)=%.2ﬁw:|x—2y+3|.

N

Ap dung bét dang thirc Bunhiacopxki, ta duoc

(x-2y) = (4.%—%/3.%}2 < [GXT +(%ﬂ[42 +(2\/§)2} = [%ﬂ%].% ~1.36=36.

Suy ra |x—2y|£6 nén |x—2y+3|£9.

1 y 8
—X — xX=—
DAu "=" xéy ra khi va chi khi: 4 N5 73
4 25 5
x—2y+3=9 V773
. 8. 5) o s
Vay M E;—E thoa yéu cau bai toan.
x2 y2
b) Goi C(x;y)e(E)c>§+7:1,(l)

Phuong trinh dudng thing AB:x+2y—-11=0.Taco

2y-11
S\ s =%AB.a’(C,AB):4,5<:>%\EM:4’5@ x42y—11=9

NG

[x+2y—11=9 (2)
= .
x+2y-11=-9"(3)

x+2y-11=9 x=20-2y

e () v (2. we {0y el0en) @{x:”‘”
’ Y Y o1 12)7=20y+100=0
8 2 g 2
nghiém.
x+2y-11=-9 [x=2-2y x=1-3 x=1+3
Tir (I)va (3), taco Ly © (2-2y) ' _ T 1B hodc y -3
8 2 s —2 U7 2 YTy

2

Vay CEI—x/g;Hﬁ] hoic C[1+«/§;%J.

2 2

¢) Goi M(x;y)e(E)©%+yT:1<:>x2+2y2 =2.Tacod

|2x=3y+1]

d(M,d)= N

Page 38



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Ap dung bit dang thirc Bunhiacopxki , ta co

(2x=3y)’ =(2.x—%.\/5yjz S[xz +(\/5y)2}( 2) 2. %:17.

Suy ra |2x—3y|£\/ﬁ nén |2x—3y+1|3\/ﬁ+1.

x_Ny o b
Déu "=" xayrakhivachikhi: {2 = o 17
’ e ol
2x-3y =417 17
s 1741 ( 3
Vay d(M,d) 16n nhat ban khi M| —;——
v d(M:d) SN/E NEMINTI
x2 y2
Cau5:  a) Trong mit phang v6i hé toa d6 Oxy, cho Elip (E)?-I_T =1 vacac diém A(—3;0), I(—I;O)

. Tim toa do cac diém B, C thudc (E ) sao cho [ 1a tAm dudng tron ngoai tiép tam giac ABC

L . Xy o
b) Trong mat phang voi hé toa dd Oxy, cho Elip (E ) : 2—5+? =1 ¢6 hai tiéu diém F;, F,. Tim

toa do diém M thudc (E ) sao cho ban kinh dudng tron noi tiép tam giac MFF, bing % .

2 2
. x .
¢) Trong mat phang v&i hé toa dd Oxy, cho Elip (E ) : % +—); =1 ¢6 hai tiéu diém F;, F,. Tim

. 48
toa d diém M thudc (E ) sao cho duong phan giac trong goc F MF, di qua diém N (—2—5 0)

Loi gii
a) Phuong trinh duong tron ngoai tiép tam giac ABC c6 tam [ (—l; 0) ,bankinh R=14=2 la:
(C):(x+1) +y* =4.

Theo gia thiét, ta c6 B,Ce(E)N(C) nén toa do diém B,C 1a nghiém cua hé

LY 4%* +9)% =36 4%* +9)” =36 4% +9y> =36
9 4 < 2 2 A 2 2 < 2
(x+1)2+y2—4 9(x+1) +9y° =36 9(x+l) —4x° =0 5x°+18x+9=0
3 3

x==3_ _ |7 7% YTy
= hoic hoic .

y= 46 _ 46

5 5
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Viay B(—%'—i} [—é %] hoac B(—i i} (“»_ﬁ}

5 5 5 5 5 5
b)Tacd a>=25=a=5 va b =9=b=3. Suyra ¢ =a’-b*=16=>c=4.
Hai tidu diém cua Elip la: F,(-4;0) va F,(4;0).

Goi M (x;y)€(E). Tacod Symp, = PT

MF, + MF, +FF
2

= ;FF d(M,FF,)=
1 4 4
@5.2c.|y|=(a+c).§<:>4|y|=9.§©|y|:3<:>y=i3.

2
x 9
Thay vao phuong trinh (E), ta dugc 2—5+§=1©X=0.

Vay M (0;3) hoge M (0;-3).

c)Tacod a®*=25=a=5 va b'=9=b=3. Suyra ¢’ =a’-b*=16=>c=4.
Hai tiéu diém cta Elip 1a: F(—4;0) va F,(4;0).

Goi M (x; y) € (E ) Theo gia thiét MN 1a phan giac trong ciia F MF, , suyra

FIN_FlMc> 52 a+ex
FEEN EM 148 a-ex

c>12a+25ex:0<:>12.5+25%x=0<:>x=—3_

9 12
Thay vao phuong trinh (E) ta dugc 2—5+y——1<:> y=ft—.

9 5
12 12
Vay M(—3;?J hodc M ( -3 —?j

@ BAI TAP TRAC NGHIEM.

Caul:  ChoElip (£): *-+2"_1.V6i M 1a diém bt ki nm trén (E), khing dinh ndo sau day Ia
16 9

khang dinh ding?

A. 4<OM <5. B. OM >5. C. OM <3. D.3<OM <4.
Loi giai

Chon D.

2 2
TI‘J:(E): f—6+%=1,suyra a=4,b=3.

V6i mot diém bat ki trén (E), taluén c6 b<OM <a=3<O0M <4.
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Cau 2:

Cau 3:

Cau 4:

q V3 ‘ ,
Elip di qua diém M (l; —7j va c6 tiéu cy bang 243 thi c6 phuong trinh chinh tic la:

2 2

S

2 2 2 2 2
A=l B. —+1=1. c.+i =1, p. —+2 =1,
43 =4 301 41
4
Loi giai
Chon B.
Gia sir (E) ¢6 PTCT la: x_2+2’_2=1 (a>b>0).
a2 2
wli-BleE) (1.3, (d=4 2y
Ta co: 2 ={d 4’ =7\, . VayPTCTcua (E)la: —+=—=1
2 2 =1 4 1
2e=2/3 a’—bh* =3
Cho Elip (E);x_2+y_2=1 va diém M nam trén(E). Néu diém M c6 hoanh do bang —13
169 144
thi cac khoang cach tir M t6i 2 tiéu diém ctia (E )béng:
A. 8;18. B. 13i\/§. C. 10;16. D. 13i\/ﬁ.
Loi giai
Chon' A
Tacd a=13, b=12=>c=5
Vay MF, =a+<x,, =8 MF,=a—<x,, =18
a a

Cho Elip c6 phuong trinh 16x” + 25y2 =100. Tinh tong khoang cach tir diém thudc elip c6

hoanh d6 x =2 dén hai tiéu diém.

A. 10. B. 2\/5. C.5. D. 43
Loi giai

Chon C

Phuong trinh chinh tic cua elip c6 dang (E): x_z+y_22 =1 (a,b>0).
a

Taco: a:%, b=2, czx/g_

Str dung cong thire ban kinh qua tiéu

g =3 N6 e 5, 46
2 5 2 5
MF, + MF, =5 .

Cich 2: d& thay MF, + MF,=2a=35.

Page 41



CHUYEN DE IX - TOAN 10 - CHUONG IX - PHUONG PHAP TQA PO TRONG MAT PHANG

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cho Elip (£): ’2“_5+% _1. Dudng thing (d):x=-4 cit (E) tai hai diém a7, N Khi dé:

A. MNzi. B. MN—E C. MN:E. D. MN:%

25 25 = 5
Loi giai
Chon C
Theo gia thiét: x = —4 nén ta c6 phuong trinh:
(4, ¥ 29 r=3=u(-s5)
+y—=1<2>y—:— <:>y2 —ﬂ

25 9 9 25 25
y=—%:N(—4;—%J

2
Khi dé: MN = \/(—4+4)2 +@+%j =§.
Cho Elip c6 phuong trinh: §+y72 —1. M 1a diém thudc (E) sao cho MF, = MF, . Khi 46
toa do diém M la:
A. M, (0;1), M, (0;-1). B. M,(0;2), M,(0;-2).
C. M,(-4;0),M,(4,0) . p. M,(0;4),M,(0,-4).
Loi giai
Chign|B
Phuong trinh chinh tac cua elip c6 dang (E): ;‘_§+Z_j -1 (a,b >0)-
Nén a=4; b=2
Vi MF, = MF, nén M thudc dudng trung truc caa FF, chinh 14 truc Oy
M 1a diém thuoce (E) nén M 1a giao diém cia elip va truc Oy
vay M,(0;2), M,(0;-2).

2 2 )
Day cung cta Elip (E£): x_2 +y_2 —1(0<b < a)- vudng goc véi truc 16n tai ti€u diem c6 d¢ dai 1a
a b

A, 2¢ B. 2 C. 2 D. &
a a C C
Loi giai
Chon B
Goi day cung d6 1a MM, nhu hinh v&.
Giasit M (c;)(y>0), ar, E(E)jz_z+z_j=1 =) =bz‘aza—2c2 za_‘; :>y=72

a

b’ 2 )
Khi do, M, [C;;J’ M, (c;—b—] — M, =L
a

Cho (E): -, %" _ vadiém M thudc (E). Khi d6 do dai OM thoa mén
16 9
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Cau 9:

Cau 10:

Cau 11:

A. OM <3 B. 3<OM <4. C. 4<OM <5. D. OM >5.
Loi giai

Chon B

Vi M(x;y)e(E) nén §+3§=1 va OM =x* + " .

2 2 2 2 2 2 2 2
Ta c6 f_6+1y_6gf_6+y_gx_+y_©0f‘g <1<M" 9<0M? <16 <3<OM <4,
9 9 9 9

Cho (E)rg—;+%2=1~ Puomg thing d :x=—4 cit (E) tai hai diém M, N . Khi do, do dai

doan MN bing

AL B. 2. c. 3 p. 13
5 25 5 25
Loi gidi
Chon'C
Thay x =—4 vao phuong trinh duong elip ta duogc: £+y_2 —ley= ig.
25 9 5

. 9 9
Toa do hai giao diém 1la M (—4;gj,N(—4;—gj .

Do do, MN:%-

2

Duong thing y = kx cit (E): .2 _ | tai hai diém M, N phan biét. Khi d6 M, N
a

e
A. Pbi xtmg nhau qua O(O; O) : B. Ddi xtmg nhau qua Oy .
C. béi xtrng nhau qua Ox . D. Béi xtrng nhau qua I(O;l) :
Léi gidi
CHoRA

Puong thing y = kx diqua O (0; 0) va (E ) nhan gdc toa d6 1am tam dbi xing. Do d6 khi dudng
thing y = kx cit (E) tai M, N phanbiétthi M, N dbi xtimg nhau qua O(0;0).

Cho elip (E)%+% —1 vadiém M thuoc (E) c¢6 hoanh do X,, =—13. Khoang cach tir

M dén hai tiéu diém cta (E) lan luot 1a
A. 10 va 6. B. 8 va 18. C. 13 va 15, D. 13 va 10
Loi gidi

Chon B
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=1 0= M (=130
Ta co Me(E)ij_ = (— ; )

Tacd a’>=169; b*> =144 = > =25=c=5.

Céc tiéu diém cua (E) 1a F,(=5;0), F,(50),suyra MF, =8, MF, =18.

Cau12: Choelip (£) ;;‘_;+§=1,véi tieu diém F),F, . Ly hai diém 4, B e (E) sao cho AF, + BF, =38.
Khi d6, AF, +BF, =?
A. 6. B.S. C. 12. D. 10.
Loi gidi
Chon C
2

xz 2
Do (B):—+—=1=a*=25=a=5.
25 16

Do Ae(E) AF +AF,=2a=10,
Do Be(E)< BF+BF,=2a=10,
= (AF, + BF)+(AF, + BF,) =20 < 8+(A4F,+BF,)=20& AF,+BF, =12,
Cau13: Cho elip (E):;—;+%2=1. Tim toa d6 didm M e (E) sao cho M nhin F,,F, dudi mot goc

vuong:

9 5V7 .9
A. (-5;0). B. 4;—; : C. (0;4). D.|—:—|.

4 4
Loi gidi

Chon'D

M(x,;y,,) nhin F,F, du¢i mot géc vudng khi va chi khi OM =OF,.

2 2
Do (E):%Jr%:l:az:25;b2:9:>c2:25—9=16:>c:4.

Dé OM = OF, < \x% + 2, =4 < x2 + )2, =16.

2 2

Miit khéc Me(E):’;—A;ﬂTM:l@%u% =205,

, 175 5V

[ 4y =16 Yy =T |Pw=E

Ta co6 hé: 9M2 ;45 ) 225<:> o1 = 94
xM+ yMz 2 - -+

Céiu 14: Trong mat phang toa do Oxy cho (E);x_2+J’_2=1 va hai diém A(—S;—l), B(—l;l). biém M
16 5

bét ki thude (E ) , dién tich 16n nhét cia tam giac MAB 1a:
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Cau 15:

A 18. B.9. C. #. D. 42,

Léi gidi
Chon B
Ta co: E=(4;2), AB=245
Phuong trinh dudng thang A diqua 4, B: x—2y+3=0.
M (4cospi\/5sing) e (E)(0<p<2r).

_ %AB.d (M, A). Dién tich 16n nht khi va chi khi d (M,A)16n nhét.

SAMAB
‘4cos¢—2x/§sin(p+3‘ ‘4cosgp—2\/§sin¢‘+3
Ta co: d, ) = NG < 7
#4(245) +3 .
<d(M,A)< =—. Viy SAMAB:EAB.d(M,A):Q

NG NG

Trong mit phang vai hé toa dd Oxy, cho elip (E ) L xt+ 4)/2 -4 =0. Tim tit ca nhirg diém N

trén elip (E) sao cho: ]ﬁ =60° (F1, F2 1ahai tiéu diém cua elip (E))

A N[M;J hoiie N(_%g] hoiie N[g;_gj hoiie N@A)

- 3 3
B. N —ﬂ;—l hodac N —ﬂ;l hodac N M,l .
3 3 3 3 3 3
C. N —ﬂ;l hoic N ﬂ;—l hodac N ﬂ,l .
3 3 3 3 3 '3
b2 1 e [ H2.1)
3 3
Loi giai
Chon A
2
(E):%+y2=1:>a2=4,b2:1<:>c2=3:c:\/§.
x; +4y; =4
B B

Goi N(x,;¥,)€(E)=1NF, =2+7x0; NF, :2_7%- Xét tam giac F{NF, theo h¢ thuc

FF, =23

luong trong tam giac ta co: (EF2 )2 = NF + NF, —2NF,NF,co0s60° <

2 B Y B Y 3 J3
= (243) 2(2+7x0j +(2—7x0j —(2+7x0](2—7x0j
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Cau 16:

Cau 17:

NG 1
N2 -

3 3

@12:84‘2)('3—(4——)('3) ©2x§ =8 (:)_xg :2@
2 4 9

2
==
A Yo

X, = |
— <&
9 1

3
X, = ﬂ =7
0 3 3
Vay c6 tat ca 4 diém thoa
N(—ﬂ;—lJ hoac N[—ﬂ;lJ hoac N[ﬂ;—l] hoac N(ﬂ,lj
3 3 3 3 3 3 3 3
Céc hanh tinh va cac sao chdi khi chuyén dong xung quanh mit troi c6 quy dao 1a mot dudng
elip trong d6 tam mat troi 1la mot ti€u diém. Piém gﬁn mit troi nhat goi la diém cdgn nhdt, diém
xa mit troi nhat goi 1a diém vién nhdt. Trai dat chuyén dong xung quanh mit troi theo quy dao
12 mot dudng elip c6 do dai nira truc 16n bang 93.000.000 dim. Ti s6 khoang cach giita diém

A A \ R X A A - IR B 59 s 5 ’ <\ e A A - N . IS
can nhat va diém vién nhat dén mat troi la a Tinh khoang céch tur trai dat dén mat troi khi tréi

dat & diém can nhat. Lay gié tri gan ding.

Trai dat

A. Xap xi 91.455.000 dam. B. Xép xi 91.000.000 dam.

C. Xap xi 91.450.000 dam. D. Xap xi 91.550.000 dam.
Loi giai

Chon'C

Ta cod a=93.000.000

a=c 59 1o m 5044500 e o= & _ 93:000.000

at+c 61 60 60

Va =1.550.000

Suy ra khoang cach tr trai d4t dén mat troi khi trai dat ¢ diém can nhat 1a: 91.450.000

C)ng Hoang c6 mgot manh vuon hinh elip c6 chiéu dai truc 16n va truc nhé 1an luot 13 60m va
30m. Ong chia thanh hai nira bang mét duong tron
tiép xtic trong voi elip dé lam muc dich st dung khac i
nhau. Nira bén trong dudng tron 6ng trong cdy lau //"d \\
Tinh ti s6 dién tich T giita phan trong ciy 1au ndm so
vo1i dién tich tréng hoa mau. Biét dién tich elip dugc , J p
tinh theo cong thic S = zab trong d6 a,blan luot 1a x/
do dai nura truc 16n va ntra truc bé cua elip. Biét do ' B
rong ctia dudng elip khong dang ké.

2 1

A.T==. B. T=1. C.T=-. D.T=
3 2

nam, ntra bén ngoai dudng tron 6ng trong hoa mau. < / >
( |
|

| W
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Loi giai
Chon'B

Dién tich hinh tron: S, = 7.15%, dién tich elip 12 S, = 7.15.30.

2
Tisbdigntich 7T=—>r - 71> _ 15 _;
S,—S, m1530-7.15° 30-15
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	Nhận xét. Hai đường thẳng song song có cùng VTCP.
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	2.2. Viết PTTQ của đường thẳng
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	DẠNG 3: XÉT VỊ TRÍ TƯƠNG ĐỐI CỦA HAI ĐƯỜNG THẲNG
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