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3 ) o8 pubc vA cAc HEP 10AN

Bir 1. NHAP MON SO PHUC

A-TOM TAT LY THUYET

EB) sé phirc va céc khdi niém lién quan

a) Cho sb phiic z = a+ bi (a,b € R). Khi do:
@ ala phan thuc, b 12 phan 2o. @ Néu a = 0 thi z 1a s thuan 4o.
@ iladonvido, i = —1. ®@ Néu b = 0 thi z 1a mot s6 thuc.
b) Quan hé giita cac tip hop sb:
@ Tiap s6 phic ki hiéu 1a C.
® Quanhécictiphops6: NCZcCcQcCRcCC.
¢) Hai s phiic bang nhau: Cho z1 = a+ bi va zo = ¢ +di (a,b,c,d € R). Khi dé:

a==¢c¢

© Zl:zz@{b:d'

d) Biéu dién hinh hoc ctia s6 phtc

Mbi sb phiic z = a + bi dudc biéu dién bdi duy nhit mot diém b
M (a,b) trén mit phang toa do.

e) Mo-dun sb phiic:
ey A /4 ~ ’ A ~
© Do dai ctia véc-td OM dugc goi 1a mo-dun cia s phic z va ki hiéu 1a |z|.

® Tu dinh nghia, suy ra | |z| = \/a? +b? | hay | |a + bi| = \/a? + b?|.

Tinh chét:
@ 2/>0,¥z€C; |z =0 z=0. o &=
7 |7
@ |27 =z].|]. @ |lz| = Z|| < |22 < |z| +|Z/].

f) S6 phiic lién hgp: Cho sb phic z = a + bi (a,b € R).
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1. NHAP MON s& PHUC Két néi tri thirc véi cude séng

y J/ J J

® Ta goi a — bi 1a s6 phic lién hop ctia z va ki hiéu 12 Z. y '
pl o, z=a+bi
® Vay,|z=a—bi|hay|a+bi=a—bi |
® Chuy: 0 : a x
=12 2 2] =b|----- F_ .
o |zZ=|z|"=a"+D"} Z=a—bi
e 7 va 7 co diém biéu dién dbi xiing nhau qua Ox.
E®) Phép todn trén sé phirc
a) Cong, trif hai sd phiic: Ta cong (trif) phan thuc theo phan thuc, phan 4o theo phan 4o.
@ (a+bi)+(c+di)=(a+c)+ (b+d)i. @ (a+bi)—(c+di)=(a—c)+(b—d)i.

b) Phép nhan hai s6 phiic: Ta nhan phan phéi, tuong tu nhan hai da thic. Luu y: i2 = —1.

¢) Phép chia hai sé phiic: Cho hai sé phic z; = a -+ bi va zo = ¢ +di. Thuc hién phép chia . , ta nhan
22

:'q_,. thém z; & t va mau.
S a _uzd _(a+h)(e—di) _(act+bd)—(ad—bo)i _ -
(0) 2 D 2 +d? c2+d? '
= 1
'8 d) Sb phiic nghich dao ctia z 1a —.
Z
:g e) Liy thua cua don vi ao:
“g @ 2=-1. @ " = inéunchiad du I.
(35) @ P =i @ " = —1 néu n chia 4 du 2.
2 @ " = 1 néu n chia hét cho 4. @ " = —inéu n chia 4 du 3.

& o o ia x
= B Phuong trinh b&c hai véi hé s6 thuc

-
- Xét phuong trinh ax* +bx+c=0,v6ia,b,c € Rvaa#0.Dit A= b> —4ac, khi dé:

) —b+ VA
(D a) Neu A > 0 thi phuong trinh ¢6 nghiém x; , = 2—\/_

a
) —b+i/|A
b) Néu A < 0 thi phuong trinh ¢6 nghi€ém x; , = 2—l||
a

b
c) Pinhly Viet: x| +x; = —— vax;.xp = ¢
a a

¥ Phuong trinh bac hai véi hé sb phirc
Xét phuong trinh ax*+bx+c=0,v6ia,b,ceCvaa #0.Pbat A= b?* —4ac = m+ni.

A Al —
®M©tcénbachaicﬁaAléd>:\/| |+m:l:i\/| | m,v6i|A|=\/m2+n2.

2 2
—b+td
@ Cong thiic nghiém cta phuong trinh 1a x1 , = P
a

B-CAC DANG TOAN THUONG GAP
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Chuong 4. SO PHUC VA CAC PHEP TOAN K&t néi i thire véi cude sdng

y J/ J J

& Dang 1. Xdc dinh sé phirc béing céc phép todn

a) Thuc hién cac phép todn, bién ddi sb phiic z vé dang A + Bi

b) Khi dé:

@ Phan thuc 1a A; @ Sb phiic lién hop 1Az =A + Bi = A — Bi;
® Phan 40 1a B; ® Mo - dunla|z] = VA2 + B?

$> Vidu 1. Xac dinh phan thuc va phan 4o ctia sb phic z, biét:
2) 2= (3—2i) +(2—i) b) z=(3—2i)(2—i)

4—-2i
2—i

c) z= d) 3+2i)z+(2—i)>=4+i

® Loi gidi.

.................................................................................................. \>_
.................................................................................................. \o
O
. 3 =3

. N . . 1
> Vidu 2. Tim phan thuc va phan 4o ctia sb phiic z = < i lﬁ) «O
1+i Q
® Loi gidi. @)
J 2

- A s 1 3. Ao
$> Vidu 3. Cho séphucz:—i—i—gz. Tim s6 phitc w = 1 +z+4z>..

® Li gidi.
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1. NHAP MON sO PHUC K&t néi i thirc véi cude séng

$> Vidu 4. Tim modun cta sé phiic w = (1 +z)z biét ring sb phic z thda man biéu thic (3 + 2i)z +
(2—i)=4+i.

4/49 ‘

® Ldi gidi.

4> Vidu 5. Cho hai s6 phic z; =2+42i va 2o = a+ (a*> —6)i,a € R. Tim tAt c cdc gid tri cla a d€
71 + 22 12 mot s6 thuc.

D Ldi gidi.

$> Vidu 6. Tim phan 4o ctia s6 phiic z = m + (3m +2) i, (m 1a tham s6 thuc am), biét ring |z| = 2.

® Loi gidi.

. A 2 3 .z . L2 A 2 A 2, m + 2i 7 A
$S Vidu 7. Tim tat ca cac gia tri thuc cia tham so m dé so phic z = 5; €0 phan thuc duong.

® Loi gidi.

2 Dang 2. $6 phirc béng nhau

a=0
bi=0< )
@ a+bi {b:O

a==c

© bi=c+di< )
at+oi=c+di b—d

$> Vidu 8. Tim tt ca céc gid tri thuc x, y sao cho: x — 1 —yi = y+ (2x — 5)i.

y J/ J J

e
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Chuong 4. SO PHUC VA CAC PHEP TOAN K&t néi i thire véi cude sdng

y 4/ J J

o Li gidi.

$> Vidu 9. Tim sb phtc z théa man (34 i)z + (14 2i)z = 3 —4i.

® Loi gidi.

Tinh S = a+3b.

o Li gidi.

O
c
o)
-
n]
c
@)
O
‘O
O
‘O
n]
4> Vidu 10. (THPT Quédc Gia 2017) Cho sb phiic z = a+bi, (a,b € R) théa man z+ 1 +3i— |zi = 0. o)
\E
O
>
‘O
O
-
O
n]
@)
2

& Dang 3. Diém biéu dién sb phirc

Mbi s6 phiic z = a + bi dudc biéu dién bdi duy nhit mot diém M(a,b) trén mit
phéng toa do.

& |z| = OM = Va + b2
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1. NHAP MON sO PHUC K&t néi i thirc véi cude séng

y 4/ J J

$> Vidu 11. Tim diém biéu dién sb phic z, biét

340,

= b) iz =3+4i.
1—1i

a) z=(2—1)>+

® Loi gidi.

$> Vidu 12. Goi A, B,C lan ludt 1a cac diém biéu dién ctia céc sb phiic z; = 2, 20 = 4i, z3 = 2+ 4i trong
mit phang toa dd Oxy. Tinh dién tich tam giac ABC.

 Loi gidi.

> Vidu 13.

Gv Ths: Nguyén Hodng Viét

Piém M trong hinh vé bén 12 diém biéu dién ctia sd phic z. Tinh mo-dun ctia sb 4 W
P E(l - i)s T
hicw = —+. |
phife w = =510 ! 0 .,

‘ $> Vi du 14. ‘
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Chuong 4. SO PHUC VA CAC PHEP TOAN K&t néi ri thire véi cude séng

y J/ J J

A P 2 ~ 2 N [ ~ ~ A N R R
Cho s0 phiic z théa man |z| = - va di€ém A trong hinh vé bén la diém biu 0 y
* X 2 <A ™ S ~ A R [ X 2 A 2, 1
dién cua z. Biét rang trong hinh vé bén, diém biéu dién cua sO phic w = —
A 2 2 -2 « X 2 A iz M
la mot trong bon diém M, N, P, Q. Khi dé diém biéu dién cua so phuc w la --- A

(A) diém Q. diém M. —— -
(C)diém N. (D) diém P. N

 Loi gidi.

O b6 C6 Con Puong

& Dang 4. Liy thira véi don vi &o

o
\ ==
a) Céc cong thiic bién ddi: 6
@ if=-1 @ " =inéunchiaddul. >
@ A= @ i" = —1 néu n chia 4 du 2. ‘8
® " = 1 néu n chia hét cho 4. ® " = —inéu n chia 4 du 3. E
, \ oy ©
b) Tong n s6 hang dau ctia mot cAp sb cong: QA
@ S, = g (uy +uy) hoidc S, = g [2u1 4 (n—1)d], v6i u; 1a s6 hang dau, d 1a cong sai. IZD
¢) Tong n s6 hang dau ctia mot cip s nhan:
_n
@ S, =ui.— ~T_ Vi uy 1a 6 hang ddu, ¢ 1a cong boi (¢ # 1).
2009 | 2010 | 2011 | 2012, 2013
- A e o . . l +1 +1 +1 +1
$> Vidu 15. Tim s6 phtic lién hgp cia z, biét z = 73014 2015 4 72016 1 2017 4 ;2015
® Li gidi.
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y 4/ J J

> Vidu 16. Tinh S =1+i+i>+--- 42017 42018,

® Dips6: S=i.

ang Viét

)
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Chuong 4. 5O PHUC VA CAC PHEP TOAN Két néi tri thirc vai cude séng

y J/ J J
C-BAI TAP TU LUYEN

Cdu 1. Tim phan thuc va phan 4o ctia s6 phiic lién hop ctia sd phiic z = 1+ 1.
(A) Phén thyc 1a 1, phin o 1a —1. Phan thuc 1a 1, phan 4o 1a —i.
(C)Phin thyc 1a 1, phan 4o 1a 1. (D) Phan thuc 1a 1, phin 4o 1a i.
Cdu 2. Cho sb phiic z; = 3+ 2i, 20 = 6+ 5i. Tim s phiic lién hop ciia z = 621 + 5z>.
(A)z=51+40i. (B) z=51—40i. (C)z=48+37i. (D) z =48 —37i.
Cdu 3. Tinh md-dun ctia s6 phiic z, biét ring z vira 1a s6 thuc vira 1a s6 thuin 4o.
Bl =1. ®) el =0.
(©)|z] = Va>+ b2, Va,b € R. D) |z =1i.
Cdéu 4.1 Tinh m6-dun cla s6 phﬁ’(i nghich ddo ctia s6 phic z = (1 —2i)?. |
NER I s !
Cau 5. Cho s6 phuc z = 3 +2i. Tinh |z].
(A) |z = V5. 2] = VT3. ©l =5. D) |o| = 13.
Cau 6. Cho sb phtic z = 2 — 3i. Tinh md-dun cta s6 phic w = (1+1i)z.
(A) w| = v26. ®) |w| = /37. ©)|w| =5. D) |w|=4.
Cau 7. Cho s6 phic z = (1 —i)?(3 +2i). S6 phic z ¢6 phan 4o 1a

(A)6. —6i. (©) 6. D) 4.

2018

Céu 8. Tinh P = ‘1 + \/§i’2018 n ’1 . \/§i‘
A P=2. (B) P=2'010, (©)p =220, D P=4

Cau 9. Néu modun clia sb phiic z biang r (r > 0) thi mddun cla sb phiic (1 —i)?z bang

@ 2r. 4r. @ r. @ 2.

Cadu 10. biém M trong hinh vé bén 1a diém biéu dién sb phic

y
(A)z=1-3i. B) z=—1+3i. OT 3

(C)z=3+i. D)z=3-i.

M
Cau 11. Cho bdn s6 phiic z1, 22, 23 va z4 ¢6 diém biéu dién trén mit phiang Oxy y
lan lugt 1a A, B, C, D nhu hinh vé bén. Hoi sb phtc nao c6 mo-dun bﬁng V13?2 Av--| 4

@Zl. 9 22. i
©Z3. @Z4. i i‘ ffffff D

Cau 12. Trong mit phang phiic cho cac diém A(—4;1), B(1;3), C(—6;0) 1an lugt 1a di€ém bi€u dién cac s6
phtic z1, 20, z3. Trong tdm G clia tam gidc ABC 1a diém biéu dién clia s6 phtic nao sau day?
4 4 4 4
(A) =3 +-i. (B)3+-i. (©)3—=i. (D) -3—-i.
3 3 3 3
Cau 13. Cho s6 phic z c¢6 diém biéu dién trong mit phang toa do Oxy 1 di€ém M(1;—2). Tinh mo-dun ciia
s6 phitc w = iz — z°.

(A) V6. V/26. (C)26. D)s6.
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1. NHAP MON s& PHUC Két néi tri thirc véi cude séng

y J/ J J

CaAu 14. Tim hai s6 x va y thda man (2x — 3yi) + (3 — i) = 5x — 4i v6i i 1a don vi 4o.
@x:—l;yz—l. x:—l;y:I. @le;y:—l. @le;yzl.
Cdu 15. Tim phan 4o cta sb phic z = (a+ bi)(1 —2i) véi a,b € R.
(A)2a+b. (B) 2a—b. (Ca+2b. (D) b—2a.
Cdu 16. Cho s6 phic z = a+ bi, v6i a,b € R. Phan thuc ciia s6 phiic z2 1a
@ 2abi. a+ b2, @ 2ab. @ a —b?
Cdu 17. Cho s6 phic z = 2018 —2017i. Diém M biéu dién ctia s6 phiic lién hop cia z 12
(A) M(—2018;2017). M(2018;-2017).  (C)M(—2018;-2017). (D)M(2018;2017).
CAu 18. Tim s6 phtic z théa man (1 —2i)z =3 +i.

(Az=1-i. (B) z=1+i. ©z:§+gi. @zz%—gi.

~ . » 3+4i
Cau 19. Tim so phtic z biét z = -;(;191
i

(A)z=4-3i. (B) z=—4+3i, (C)z=3—4i (D)z=3+4i.
Céu 20. Riit gon biéu thic P = 2000 4 ;2021

-
@ AP=1+i B P=1-i CP=—1+i DP=—1-i

> N X 2 3—i 241
75 CAu 21. Tim phan thuc va 4o ctia so phiic z = 15 +—.
c \ \ . L . L
Ko @ Phan thuc bang 2; phan ao bang —4i. Phan thyc bang 2; phan ao bang —4.
:IO: @ Phan thuc bang 2; phan 4o bang 4i. @ Phin thuc bang —2; phan 4o bing 4.
— Cau 22. Cho s6 phiic z=cos ¢ +ising, (¢ € R). Tim md-dun ciia z.
l<0>)~ @\cos(pH—]sin(p\ B 1. @]cosq)-l-sin(p]. @\cos2(p].
=3 Cdu 23. Tinh mddun ctia s6 phiic z thod man 3z-7+2017 (z — Z) 48 —2016i
D @i=4 2l = V2016. (©) 2| = vaor7. OILE
X Cau 24. Cho sb phiic z thda man 2(z — 1)(2 — i) = (34 i)(z + 2i). Tim phan thuc ctia sb phiic z°.
o A-1 1. (©)—16. (D) 16.
~ CaAu 25. Cho cdc s6 phic z; = 3i, 2o = —1 — 3i va z3 = m — 2i. Tép gid tri cla tham s0 m d€ s6 phuc z3 ¢6
() mo-dun nhé nhit trong 3 s6 phiic da cho 1a
(A) [-V5:V5]. (—V3:V5).
© {5 v3). D) (o —v3) U (v53: 4<0).

Cau 26. Tim s6 thuc m sao cho m? — 1 4 (m+1)i 12 sb 4o.
@m:O. B)m=1. @m:jzl. @m:—
Cdu 27. Cho 2 sé phiic z; = 1 +1i, 20 =2 —mi,m € R. Tim m d€ z; - z 12 mot s6 thuan 4o.
@m:—Z. B)m=2. @m:—l. @mzl.

CAu 28. Cho sb phiic z = a+ bi, (a,b € R) thda (2z — 1)(1 +i) — (z+3i) (1 —i) =3 —7i. Tinh P = a® +

b.
(A)2. 13. ©)7. D)s5.
Cdu 29. Biét rang s phiic z c6 md-dun bang 3 va phan 4o biang —3. Tim phan thuc ciia s6 phiic z.

(A)3. B) 6. ©)o. D) V3.

Cau 30. Cho hai sb phiic z; = m+3i, z0 =2 — (m+1)i, v6i m € R. Tim céc gid tri clam d€ w =z - 25 12

s6 thuc.
(A)m =1 hodc m = —2. (B) m=2hodc m=—1.
(C)m =2 hodc m = —3. (D) m = —2 hotic m = —3.
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11/49’

Cau 31. Cho s phiic z = a+ bi (a, b 1a s6 thuc) thda man z+ |z| —z = 5 — 8i. Gia tri clia biéu thic a® +b
bing
(A)—1. ®)5. (©)-7. D) 12.
m—1+2(m—1)i
1 —mi
(A)S=23. (B)S=15. (C)s=-3. D)s=—1.
CaAu 33. Tinhténg § = 14> +i6 4 - 42016,

(A)S=1. B)S=—1. ©)s=i. (D)S=—i.

1a s6 thuc.

Cau 32. Tinh tdng céc gi4 tri ctia tham sb thuc m dé€ s6 phiic z =

Cdu 34. Biét tap hop cic diém biéu dién sd phiic z = x + yi 12 nita hinh tron tam y
0(0;0) ban kinh R = 2 (phan t6 dam, k& ca dudng gii han nhu hinh bén). Trong cac )
khang dinh sau, khang dinh nao ding? 1

(A)x>0va |z = V2. (B)y>0valz =2 }
©x20vé|z|§2. @yZOVé|z|§2. . X

Cdu 35. Trong mt phang phiic, s6 phic thda man diéu kién nao thi c6 diém bicu y
dién thudc phan gach chéo & hinh bén (k€ ca bién)?
(A) S phiic ¢6 phan thuc niim trong (—1;1) va mé-dun nhd hon 2.
S phiic ¢6 phan thuc nam trong [—1; 1] vA md-dun nhd hon 2.
@ S phiic ¢6 phan thuc nam trong [—1; 1] vA md-dun khong vugt qua 2.
@ S6 phic c6 phan thyc nim trong (—1;1) va md-dun khdng vuct qua 2.

Cdu 36. Trong mit phang toa do, cho diém M va N 1an lugt 1a diém biéu dién ctia N

, . 16 Y
s6 phiic z2 va z* (hinh vé bén). Biét OM = 25 'ON. Tinh 2|
16 V5
@w@_ @wg; ;
3V'5 3V3
©|Z|—T- @|Z|—T-
0] X
N Ao S T VU SRR S 1 R
Cadu 37. Cho so phtic z ¢c6 médun bang 2018 va w 1a so phic thdéa man biéu thic — + — = ——. Mddun

" N z w  zZtw
cua so phic w bang

(A)2018. 2019. (C)2017. (D) v2019.
Cau 38. Trong mit phing phiic, biét sd phiic z c6 diém biéu dién nim trong géc phan tu (I). Héi diém biéu

dién ctia s6 phifc w = — nam trong géc phan tu nao?
iz

A (1). ®) (1) ©) (). D) (v).

Cau 39. Cho zj, 75 1a cic s6 phiic thda man |z1| = |z2| = 1 va |z1 — 2z2| = /6. Tinh gi4 tri ciia biéu thiic
P= |2Z1 +Z2|.

(A)P=2. (B) P=3. ©pr=3. D) P=1.

y J/ J J
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y 4/ J J

Cau 40. Cho s phic z théa min |z| = 1 va diém A trong hinh vé& bén 1a diém biéu y
X 2 <A N N ~ A R [ <X 2 A 2, 1 N A
dién cua z. Bi€t rang trong hinh vé bén, di€ém bi€u dién cua so phuc w = — la mot M
iz
trong bon diém M, N, P,Q. Khi d6 diém biéu dién cta sd phiic w 12 N A

(A) Diém M. Diém N. (C)biém P. (D) biém Q. p 0 %

— HET—

Viét

Nguyén Hodng

Gv Ths
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Chuong 4. SO PHUC VA CAC PHEP TOAN K&t néi ri thire véi cude séng

y J/ J J
BAar2. PHUONG TRINH VA HE PHUONG TRINH

A-CAC DANG TOAN THUONG GAP

& Dang 1. Phuong trinh béc nhét

Trong chuong trinh, ta chi xét phuong trinh dang nay vdi 4n z bac nhat.
@ Ta giai tuong tu nhu gidi phuong trinh bic nhét trén tap s6 thuc;

@ Thuc hién c4c bién ddi dua vé dang z = A + Bi

> Vidu 1. Tim s6 phic z thda man:

O

a) iz=1+i. b) (2—i)z4+2—3i=0. ) (1—i)z=(14i). ,S

>

® Loi gidi. )

c

.................................................................................................. o
.................................................................................................. O
.................................................................................................. ‘0

- : 2(142i 2
¢S Vidu 2. Cho s6 phiic z thda man (2 + i)z + 21+20) =7+ 8i (1). Tim modun cua so phiic ® =

1+i
z+1+1i

® Loi gidi.

Noi Pau Cé Y Chi & b6 C

$> Vidu 3. Tim phin thuc va phin 4o ctia s6 phiic z thoa (1 +i)>(2 —i)z = 8 +i+ (14 2i)z.

® Loi gidi.
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2. PHUONG TRINH VA HE PHUONG TRINH Ké&t néi tri thie véi cude séng

)

1’ . 4 4 2 3 ]
< Vidu 4. Xac dinh so phiic z thoa ot

+(142i) =4 +5i.

 Loi gidi.

$> Vidu 5. Tim modun ctia s6 phic w = (1 + z)Z biét ring s6 phic z théa man biéu thic (3 + 2i)z +
(2-i)?=4+i Dip sb: [w| =10

D Ldi gidi.

2 Dang 2. Phuong trinh bac hai véi hé sé thuc
Xét phuong trinh ax? 4+ bx+c =0, véi a, b, c € R va a # 0. Dit A = b*> — 4ac, khi d6:
) —b+ VA
a) Néu A > 0 thi phuong trinh ¢6 nghi€ém x; , = 2—\/_
a
s —b+i\/|A
b) Néu A < 0 thi phuong trinh c6 nghi€ém x; » = 2—l||
a
e b . c
¢) DPinhly Viet: x; +xp = —— vaxj.xp = —
a a
$> Vidu 6. Tim phan thyc cta s6 phic z7 + z3, biét z1, z 12 hai nghiém phic ctia phuong trinh z* —
4z4+5=0. @ Dip sb: 6.
o Loi gidi.

$> Vidu 7. Cho phuong trinh z> 4 bz + ¢ = 0 véi b,c € R. Xac dinh b va ¢ néu phuong trinh nhin
z=1—3i lam mdt nghiém. ® Dips6é: b= —2,c=10.

 Loi gidi.

y J/ J J
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Chuong 4. SO PHUC VA CAC PHEP TOAN K&t néi ri thire véi cude séng

15/49 ‘

$> Vi du 8. Biét phuong trinh z2 +2017 - 2018z + 22918 = 0 ¢6 hai nghiém z;,z,. Tinh S = |z1| + |z2].
@ Dip s6: 21010,

® Loi gidi.

$> Vidu 9. Tim tit ci cac nghiém phic c6 phan 4o 4m ctia phuong trinh (2% +9) (22 —z+ 1) = 0.

® Loi gidi.

> Vidu10. Goi zi, 7z, z3, z4 la bbn nghiém phan biét cia phuong trinh z* + 22 +
1 =0 wén tap sb phic. Tinh gid tri cia bidu thic P = |z1]> + |2 + |z)* + |ul*
@ Diép sb: 4.

® Loi gidi.

& Dang 3. Xdc dinh s6 phitrc béng cdch gidi hé phuong trinh

Goiz=a+bi,véia,b e R
a) Néu dé bai cho dang hai s6 phiic bang nhau, ta 4p dung mot trong hai cong thiic sau:

a=~0
b=0

a==¢c¢

© bi=c+di< .
at+oi=c+di {bzd

© a—l—bi:O@{

b) Néu dé bai cho phuong trinh 4n z va kém theo mot trong cic 4n Z, |z|,...Ta thay z = a + bi vao diéu

kién d& cho, dua vé "hai sb phic bang nhau". Chi y:

®zZ=a-bi @ zz7=a*+b*
@ 7| = Va*+1? @ 2 =a?*—b*+2abi

y J/ J J

o
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2. PHUONG TRINH VA HE PHUONG TRINH K&t néi tri thirc véi cude séng

y 4/ J J

c¢) Néu dé cho z thda hai diéu kién riéng biét thi tir 2 diéu kién d6, ta tim dudc hé phuong trinh lién
quan dén a,b. Gidi tim a, b.

$> Vidu 11. Tim hai s6 thuc x va y théa man (2x — 3yi) + (1 — 3i) = x + 6i, véi i 1a don vi &o.
® Dipsd: x=—1;y=-3.

 Loi gidi.

$> Vidu 12. Cho sb phiic z = a + bi thdéa man z(1+ 2i)? +7 = —20 +4i. Tinh a* — b.

® Loi gidi.

® Loi gidi.

$> Vidu 14. Cho s6 phiic z = a+ bi (v6i a, b 1a s6 nguyén) théa man (1 —3i)z 1a s6 thuc va |z — 2 + 5i| =
1. Khi d6 a+ b bing

@ Dip s6: 6.
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Chuong 4. SO PHUC VA CAC PHEP TOAN K&t néi i thire véi cude sdng

y 4/ J J

$> Vidu 15. C6 bao nhiéu sb phic z théa man |z|(z — 6 — i) +2i = (7 —i)z?
@ Dip s6: 3.

o Li gidi.

$> Vidu 16. C6 bao nhiéu s phiic z théa min |z—1—3i] = 3v/2 va (z+2i)% 1a s6 thudn 40?
@ Dip s6: 3.

Noi Pau C

® Li gidi.
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2. PHUONG TRINH VA HE PHUONG TRINH K&t néi tri thirc véi cude séng

y 4/ J J

> Vidu 17. Cho s6 phiic z = a+bi (a,b € R) théa min |<—| = 1 va Z;?)-l
Z—1 Tl

® Dip s6: P =2.

=1.TinhP=a+b.

$> Vidu 18. C6 bao nhiéu sd phic z théa man: |z—Z7—2i] = |z+Z—6] va |z—6—2i] = 2V/2.
@ Dip s6: 3.

=
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Chuong 4. 5O PHUC VA CAC PHEP TOAN Két néi tri thirc vai cude séng

yV J J J
B-BAI TAP TU LUYEN
Cau 1. Tim phan 4o ctia s6 phiic z, biét (1 +i)z =3 —i.
(A)2. B) —2. ©1. D) -1.

CAu 2. Tinh mddun cla s phiic z théa man (1 +i)z +3 = —2i.

5 V26
@’Z’ZQ- 2] = —~ ©)]z = v26. D) || =
CdAu 3. Tim toa do diém M 1a diém biéu dién sb phuc z biét z thda man phuong trinh (1 + i)z = 3 — 5i.
(&) M(~1:4). M(=1;—4). ©m(1:4) D) m(1;—4).

Cdau 4. Tinh mo-dun cta s6 phiic thod man: z (2 —i) + 13i = 1.

e =224 ©p-w OIE

Cau 5. Tim s6 phtic z théa man (2 +3i)(z—2) + 13— 13i = 0.
(A)z=3-5i (B) z=5+3i. (C)z=3+5i. (D)z=5-3i

Cau 6. Choséphu?czthéa (3+42i)z="T+5i. Séphu’clienhdpzcuaséphﬁczla

1 _ 31 1, ; 1.
Br=-Fig  ®=3-g ©@r=j-gi @i=-jag
Cau 7. Tim sb phuc z, biét (2 —5i)z—3+2i=5+7i.

AP I MG Bl T SHIE B NN )

29 29 29 29 29 29 29 29
Cau 8. Cho sb phiic z théa man (3 4 2i)z+ (2 —i)?> = 4+ i. Hiéu phan thuc va phan 4o ctia sb phiic z 1a
(A)3. 2. ©1. D)o.
Cau 9. Phuong trinh z2 4 3z+9 = 0 ¢6 hai nghiém phiic z1,z,. Tinh S = 7120 + 21 + 22.
(A) 6. 6. (©)12. D) —12.
Cau 10. Cho phuong trinh z2 —4z+ 5 = 0 ¢6 hai nghiém phuc 1a zy, z5. Tinh A = |z1| 4 |22| + 21 - 22.
(A)A=25+2V5. (B)A=0. (C)A=5-2V5. (D)A=5+2V5.
Cdu 11. Cho a,b la cic sb thuc thda phuong trinh z2 + az+ b = 0 c6 nghiém 3 —2i, tinh S = a + b.
(A)S=19. B)S=-7. (C)s=1. D)s=-19
Cdu 12. Trén tap sb phiic, tich 4 nghiém ctia phuong trinh x (x2 —1) (x+2) =24 biang

(A) —24. ~12. ©12. (D) 24.

Cau 13. Goi z1, 22 1a cdc nghiém ctia phuong trinh z2 44z +5 = 0. Dt w = (1 +21)'% 4+ (14 2,)'%. Khi

do
@w:250i. w:—251. @w:251. @w:—ZSOi.
Cdu 14. Goi z; va 25 (zo c6 phan 4o 4m) la hai nghiém phtc ctia phuong trinh 4z —3z+3 = z. Gid tri clia
biéu thiic 20182z, | — 2017 |2z, bing

(A)3V2. 2V/3. (©)3. D) V3.

Cau 15. Goi z; va z» 1an lugt 1a hai nghiém phic clia phuong trinh z2 4+ 2019 - 2020z + 22929 = 0. Tinh
21 * + 2.

@ 92020 92021 @ 92019 @ 2010
Cau 16. Phuong trinh nao sau ddy nhan hai sé phic z; = 14 v/2i va zp = 1 — v/2i lam nghiém?

(A)2—2z+3=0. B)2-2z-3=0. (©)22+2:+3=0. (D)2 +2z-3=0.

CClu 17. Gia st phuong trinh z> +az+b = 0 (v6i a,b € R) nhan z; = 1 — i lam nghiém. Tim nghiém z, con
@Z2——1—z B n=1-i (©z=—1+i. D)z =1+i.
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2. PHUONG TRINH VA HE PHUONG TRINH Ké&t néi tri thie véi cude séng
Cdu 18. Biét phuong trinh z2 +az+b =0 (a,b € R) c6 nghiém z = —2+i. Tinh a + b.

(A) 4. ®)o9. (©-1. D) 1.

Cau 19. Véi x,y 1a hai sb thuc théa man x(3 + 5i) +y(1 —2i)? = 9+ 14i. Gia tri ctia 2x — 3y bing
205 9 172 353 94

Cau 20. Goi x,y la hai sb thuc théa x(3 — 5i) — y(2 —i)> =4 —2i. Tinh M = 2x —y.
(AM=1. B M=2. ©M=-2. (D) M =0.
CdAu 21. Cho sb phiic z théa 2z + 3z = 10 +i. Tinh |z|.

Bl =1. ®) e =3. ©ll=v3 Dll=v5
CAu 22. Cho sb phiic z = a + bi(a,b € R) thdéa man 1+21)z+zz—7—|—51 Tinh S = 4a+ 3b.
(A)S=1. (B) s =24. (©)s=-1. (D) s =0.

Cdu 23. Tim phan 4o cta s6 phic z biét z— (2+3i)z=1—9i.
A 1. B -2. (©-1. D) 2.
Cadu 24. Cho sb phiic z thda méin Zzii =2 —i. Tim s phiic w = 1 +z+2°.

r—
. 9 9
f%’ (A)w=5+2i B w=5-2i ©w=>+2i Dw=>-2i
7 Cau 25. Biét phuong trinh 2 4+2z7+m =0 (m € R) c6 mot nghiém phifc z; = —1 4 3i va z, 1a nghiém phic
 con lai. S6 phic 71 + 22, 1a

S W3+ ~349i. (©) -3-3i. (D) —3+9i.
- CaAu 26. Cho s6 phiic z = a + bi (a, b 1a s6 thuc) théa man z + |z| —z = 5 — 8i. Gia tri ctia biéu thic a® +b
C bing

«g A -1, ®s. ©) -7. D) 12.

Cdu 28. Cho sb phiic z théa man |z| = 5 va |z+ 3| = |z+3 — 10i|. Tim s6 phiic w = 7 — 4+ 3i.
(Aw=—1+7i. (B) w=—3+8i. (©w=1+3i. (D)w=—4+8i.

Cau 29. Biét s6 phiic z c6 phan 4o khéc 0 va théa man |z — (2+i)| = v/10 va z-Z = 25. Diém nao sau day
bi€u dién sb phtc z trén?

(A)P(4:-3). BN @E:i-4). ©m3:4). D o&:3).
Cau 30. Cho sb phiic z=a+bi v6i a,b € R théa z+2i+ 1 = |z|(1 +i) va|z| > 1. Tinh P =a —b.
(A)P=-3. (B) P=3. ©prP=-1. D) P=1.
Cdu 31. Tim mo-dun ctia s6 phic z biét z —4 = (1+1i)|z| — (4 +3z)i.
1
Bl = 3. o =2 ©lel=4. D=1
CAu 32. Cho s phiic z = a+ bi (a, b 1a cac sb thuc) théa mén z- |z| +2z+i = 0. Tinh gia tri cia biéu thic
T=a+b*+5V2.

(AT =4. B) T =5. ©r=1. DT =6.
Cdu 33. C6 tit ci bao nhiéu s6 phiic z théa |z+3 — i| = 21/2 va z? thuin 40?

A1 ® 2. (©)3. D) 4.

CdAu 34. Co tat ca bao nhiéu s6 phic z thdéa man |z +3i| = /13 va -IZ- 7 1a s6 thuan 40?
z
(A)o. ® 1. (©)2. (D) V6 sb.

20/49 ’ Bi Th.S Nguyén Hodng Viét - 8 0905.193.688

acau 27. Tim sb phuc z biét |z— 2 — 3i| = /10 va phn 4o ciia z ghp doi phan thuc.
1 2
Z (A)z=6+3iz=2+i. Z:3+6i;zzg+§l—_
7 1 2
L ©z=3+6i;z=1—|—2i. @Z=3—6i;z=—+—i.
c 55
-
®




Chuong 4. SO PHUC VA CAC PHEP TOAN K&t néi ri thire véi cude séng

y J J J
A P A . V17 N AAL AA i an e
Cau 35. Cho s0 phtc z € C théa man (2+i)|z| = —— + 1 — 3i. Ménh dé nao dudi day ding?
z
1 3 1 3 1
(A)2<|z] <3. ® ;<< ©§<|z|<1. @0<Iz|<§.

Cdu 36. C6 bao nhiéu sb phic z théa man |z|(z —3 —i) +2i = (4 —i)z?
A 1. 3. (©2. D) 4.
C@u 37. Cho s6 phitc z = a+bi (a,b € R,a > 0) théa z-z— 12|z| + (z— 2) = 13 — 10i. Tinh S = a-+b.

(A)S=—17. (B)S=5. (©)s=1. (D)s=17.

z7—2i

Cau 38. Cho sb phiic z = a+ib(a,b € R) théa man 1a s6 thuan 4o. Khi s6 phic z c6 mo-dun 16n

Z PE—
nhat, tinh gid tri cia P = a+b.

(A)o. B 4. (©)2v2. (D)3v2+1.
Cdu 39. Cho hai sb phic zj, z théa man |z1| = |z2| = 2, |z1 + 22| = 2V/3. Tinh |z; — 22|

(A) |21 — 2] = V3. |21 — 22| = 2. © a1 —2|=3. D) [z~ 2| =0.
Cdu 40. Cho z va w 1a hai s phic lién hop thda man % 1a sb thuc va |z — w| = 24/3. Ménh dé nao sau
day la dung?

Az < 1. B)3< <4 (©) ]z > 4. D) 1<z <3.

— HET—

Noi Pau Cé Y Chi & P6 C6 Con Dudng

o
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3. TAP HOP DIEM BIEU DIEN SO PHUC K&t néi i thae véi cude séng

y J J J
Bir3. TAP HOP DIEM BIEU DIEN SO PHU'C

A-CAC DANG TOAN THUONG GAP

s Dang 1. Toa dd diém biéu dién cia sb phirc

y
& Moi sb phic z = a + bi sé dugc biéu dién béi diém M (a;b). [ ‘ M
& S6 phic z va Z ¢6 diém biéu dién dbi xing nhau qua truc hoanh. o a
| x
@ |z| =OM = Va2 +b2. i
i ) S N
© |z =zl.

Cic vi du sau ddy diéu xét trong mit phang toa do Oxy.

-
«@-
=] Vidu 1. Cho sb phiic z = 2018 —2017i. Piém M biéu dién ctia sb phc lién hop ciia z 1a
o (A) M(—2018;2017). M(2018;—2017).  (C)M(—2018;—2017). (D) M(2018;2017).
c
e, ® Li gidi.
O
e R
()
> ..................................................................................................
- |
g $> Vidu 2. Cho sb phiic z c6 s6 phic lién hop 1a z. Goi M va M’ tuong dng, 1an ludt 1a diém biéu dién
inh hoc ctia z va z. Hay chon ménh dé diing.
=~ | hinh hoc ciia z va . Hay chon ménh d& diing
2 @ M va M’ d6i xiing qua truc thuc. M va M’ tring nhau.
- (C)M va M’ dbi xiing qua gbc toa do. (D) M va M’ dbi xiing qua truc #o.
>
0]  Loi gidi.

S Vidu3. Goi A,B,C lan lugt 1a ciac diém bi€u dién cla cac s6 phic z; = 2,
2 = 4i, z3 = 2 + 4i trong mit phing toa d6 Oxy. Tinh dién tich tam gidc ABC.
@ Dip s6: Sypc =4

$> Vidu 4. Cho s6 phiic z=a+ (a—5)i v6i a € R. Tim a d€ diém biéu dién ctia s6 phiic nim trén
dudng phan gidc ctia géc phan tu thi hai va thi tu.
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Chuong 4. 5O PHUC VA CAC PHEP TOAN Két néi tri thirc vai cude séng

y J/ J J

® Loi gidi.

$> Vidu 5. Cho diém M biéu dién sb phiic z = —2 4 3i. Goi N 1a diém thudc dudng thiang y = 3 sao
cho tam gidc OMN cén tai O. Diém N 1a diém biéu dién ctia s6 phiic nao?

® Loi gidi.

& Dang 2. Tap hop diém biéu dién sb phirc 1a dudng thdng

& Phuong phdp chung ctia bai toan tim tip hop diém biéu dién s phic 1a

® Goi M(x;y) 1a diém bi€u dién s6 phiic z = x + yi.

@ Thay vao diéu kién dé bai, ta dugc mot bi€u dién theo hai bién x va y.

Chu y céc cong thiic
P Z=x—yi. > |z| = X2+

» z-2=x>+)% » 22 =x*—y*+2xyi.

@ Tuy thudc vao phuong trinh thu dugc, ta két luan tap hop diém chay trén "d6i tugng hinh" tuong
ung.

& Phuong trinh dudng thang qua A(xg;yo) va c6 véc-to phéap tuyén 7 = (A;B) 1a

A(x—x0)+B(y—yo) =0hay Ax+By+C =0

& Tap hop diém biéu dién s phic thda |z — (a + bi)| = |z — (c +di)| 1a dudng trung truc clia doan PQ,
vGi P(a;b) va Q(c;d).

$> Vidu 6. Tim tap hgp cic diém biéu dién s6 phic z théa (z —i)(2 + i) 1a mot sd thuan 4o.
® Dips6: 2x—y+1=0.

® Loi gidi.

$> Vidu 7. Xét cac sb6 phic z thda man |z — 1| = |z —i|. Tim quy tich cac diém biéu dién s phiic
w=(3—4i)z+i.
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y J/ J J

‘ @ Dipsd: Tx—y+1=0.

® Loi gidi.

& Dang 3. Tap hop diém biéu dién sé phirc 1a dudng tron

e
«@-

= | & Trong mit phang toa d6 Oxy, goi

g ®@ M(x;y) la di€ém bi€u dién clia z = x +yi (x,y € R).

’8 @ I(a;b) 1a di€ém biéu dién ctia zo = a + bi cho truée (a,b € R)

I & Khi dé, ta c cic két qua sau:

c
“g @ |z| = OM (khoang céch tit gbc O dén diém M).

g) @ |z = Zo} = IM (khoang cach gitta I va M).

> ® |z—z20| =R (x—a)*+ (y—b)* = R*: dudng tron tdm /(a;b), ban kinh R.

& ® |z—z20| <R< (x—a)*+ (y—b)* < R* hinh tron tam /(a; b), ban kinh R.

L

[

= | > Vidu 8. Tap hgp diém biéu dién sb phiic z théa man |z+ 1 — 3i| = 5 1a dudng tron. Xdc dinh tm va
D | ban kinh ciia dudng tron d6.

® Dip sb: thm 1 (—1;3), ban kinh R = 5.

® Loi gidi.

> Vidu 9. Tap hop cic diém biéu dién sb phuc z thda man |(1 — i)z — 4 +2i| = 2 1a mot dudng tron.
Tim toa do tdm 7 va tinh ban kinh R cta dutng tron do.
@ Pap s6: 1(3;1),R = /2

® Loi gidi.
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y J/ J J

$> Vidu 10. Tap hop diém bi€u dién sb phic z thdéa man |z + 1| = |1 —i — 2z| 1a dudng tron (C). Tinh
ban kinh R ctua dudng tron (C).
Vv 10

ODépsé:R:T

o Li gidi.

$> Vidu 11. Tim tip hop cac diém biéu dién céc s6 phiic z thda man diéu kién Ll‘ =3,
Z—
a0 9 9
® Dips6: x> 4y —Zx-l—g:O

O b6 C6 Con Puong

?

-

Ch

>
.................................................................................................. 5
.................................................................................................. O
.................................................................................................. o
.................................................................................................. O
QA

> Vidu 12. Goi (H) la tap hop cdc diém biéu dién sé phiic z thod 1 < |z— 1| < 2. Tinh dién tich hinh | O
(H). P

@ Dip s6: S(y)37.

® Li gidi.

$> Vidu 13. Cho s6 phiic z ¢6 |z| = 5. Biét ring tap hop cac diém biéu dién s6 phiic w = (24 3i)z—5
trong mit phang toa do 1a mot dudng tron. Xéc dinh toa do tim ctia dudng tron do.
@ Dip s6: 1(—5;0).
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Gv Ths: Nguyén Hodng Viét

$> Vidu 14. Cho sb phic z ¢6 |z| = 9. Tap hop cic diém M trong mit phang toa dd Oxy biéu dién sb
phuc w = z+ 5i 1a mot dudng tron. Tinh ban kinh duong tron do.
® bip s6: R=09.

® Loi gidi.

$> Vidu 15. Cho céc s6 phiic z thda man |z — 1| = 2. Biét ring tip hop cac diém biéu dién cic s6 phic
w = (1++/3i) +2 la mot dudng tron. Tinh bén kinh R ciia duong tron d.
@ Dip s6: R =4.

® Loi gidi.

ban kinh R ctia dudng tron (C).
V10

® Dips6é: R = =5

® Loi gidi.

y J/ J J
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Chuong 4. SO PHUC VA CAC PHEP TOAN K&t néi ri thire véi cude séng

y J/ J J

$> Vidu 17. C6 bao nhiéu gia tri nguyén ctia m dé€ c6 ding hai s6 phic z théa man |z — (2m—1) —i| = 10
Va |z — 14| = [z— 2+ 3il.

@ Dip s6: 41.

® L3i gidi.

& Dang 4. Tap hop diém biéu dién sé phirc 1a dudng Elip

& Trong mit phang toa do Oxy, cho trude 2 diém Fy (—c;0), F>(c;0) va s6 duong a cho truée. Khi do: ‘_E
@ Tap hop tit ca diém M (x;y) thdéa MF| + MF, = 2a, v6i a > ¢ > 0 la mot Elip. \g
2 2

@ Phuong trinh Elip 1a % + ?;—2 = 1|, trong d6 b* = a® — 2. 8
@ Hinh dang Elip va cac thong sb: <g
— Truc 16n A1A; = 2a; Truc bé BB, = 2b; y Q
— Tiéucy Fi i =2c vaa® = b* + 2. Bz/ M 6
Toa do A (—a;0), A>(a;0), By (0;—b), B> (0;b) Ay ol W \A <

— 10a do Aj av), Az(a;v), b1(Y; > D2\Y,0). F 0 J X

— Dién tich S(E) = mab. B

& Tap hop diém biéu dién s6 phiic z thda |z + c| + |z — ¢| = 2a 1a dudng Elip.

$> Vidu 18. Tim tap hop diém bi€u dién s6 phic z thdéa man |z+ 2| + |z —2| = 8.
2 2
P X y
b (E)—=+==1
© Dipso: (B): {5+ 13

D Loi gidi.
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3. TAP HOP DIEM BIEU DIEN SO PHUC K&t néi i thae véi cude séng

Viet

Hodng

)
~

guyén

GvThs: N

y J/ J J

2 .2

., 2 X y

b (E): —+=—
@ Dip sb: (E) 25+21

$> Vidu 20. Goi (H) 1a tap hgp cac diém trén mit phang toa do Oxy biéu dién cac s6 phiic z thda min
didu kién |z — 22| = 6. Tinh dién tich hinh (H).
Q@ bip s0: Sy = 127.

> Vidu 21. C6 tat ca bao nhiéu sd phiic z thda man diéu kién ’z+ \/5‘ + ‘z — \/5‘ = 6, biét z c6 md
dun bang v/5?
@ Dip s6: 4.
® Loi gidi.

& Dang 5. Mot s& mé hinh khac

$> Vidu 22. Cho sb phic z = a +a?i v6i a € R. Khi d6 diém biéu dién cia sb phiic lién hgp clia z ndm
trén duong nao?

@ Dip sb: Parabol y = —x°

® Loi gidi.
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y 4/ J J

$> Vidu 23. Cho s6 phiic z, biét ring cac di€ém biéu dién hinh hoc ctia sd phiic z, iz va z + iz tao thanh
mot tam gidc c¢6 dién tich bang 18. Tinh md-dun cia sb phiic z.
© Dip s6: |z] =6

® Loi gidi.
- . N A o 2 P . . 2 .2 s . A . 5 ~ 2 16 .
<SS Vidu 24. Goi (H) la phan mat phang chia cac diém biéu dién céac so phtc z théa man A
Z

phén thyc va phan 4o déu thudc doan [0; 1]. Tinh dién tich S ctia (H).
@ Dip s6: S =32(6— )

® Loi gidi.

o
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3. TAP HOP DIEM BIEU DIEN $& PHUC K&t néi tri thire véi cudc séng

y J/ J J
B—BAI TAP TU LUYEN

Cdu 1. Cho sb phiic w = 2 + 5i. Piém biéu dién ctia s6 phic (1 —i)w trong mit phang Oxy la diém nao
trong cdc diém sau?

A (7:3). (7:-3). ©)3:7). D) (-3:-7).
CAu 2. Trong mit phang toa do Oxy, cho M, N, P 1an ludt 1a diém biéu dién ctia cac sd phiic 2+ 3i,1 — 2i
va —3 +1i. Tim toa do cta di€ém Q sao cho ti gidc MNPQ la hinh binh hanh.

(A) 0(0:2. 0(6;0). (©)0(-2:6). (D) Q(—4;—4.

Cdu 3. Tim tap hop diém bi€u dién sb phic z théa man |z+ 1 — 2i| = 3.
@ Puong tron tdm I(—1;2), ban kinh r = 3. Puong tron tam I(1;—2), ban kinh r = 3.
@ Puong tron tam I(1;2), ban kinh r = 9. @ Puong tron tam /(—1;2), ban kinh r = 9.

Cdu 4. Tap hop cac diém biéu dién s phiic z thdoa man |z —3+4i| =5 1a

@ Mot dudng tron. Mot dudng thang. @ Mot dudng parabol. @ Mot dudng elip.
CdAu 5. Tap hop tit ca cac di€ém biéu dién sd phiic z thda man |2z — i| = 4 1a mot dudng tron ¢6 ban kinh
bang

(A)2v2. 44/2. (©)a. D) 2.
CAu 6. Tap hop diém biéu dién sb phic z thdéa man |z — 1] = |z+2i| Ia

@ Duong tron. Puong thing. @ Parabol. @ Hypebol.
Cau 7. Tim tip hop cdc di€m trén mit phang toa do biéu dién s6 phiic z biét s phiic (z —i)(2 + i) 1a mot
s6 thuan 4o.

@ Pudng thang 2x —y+1 = 0. Pudng thang x +2y —2 = 0.

(C)budng théng 2x+y— 1 =0. (D) Dudng théng 2x—y—1 = 0.
Cdu 8. Cho s phiic z thda man |z+i| = 1. Biét ring tap hop cic di€ém biéu dién s phiic w = (344i)z+2+i
12 mot dudng tron tdm 1. Di€m I c6 toa do 1a

A (6:-2). (6:2). © @) © (-2-1).
Cau 9. Trong mit phang Oxy, tim tip hdp cac diém biéu dién sb phiic z théa man |z — (2 — 3i)| < 2.

@ Mot dudng thang. Mot hinh tron. @ Mot duong tron. @ Mot duong Elip.
Cau 10. Goi (H) 1a tap hop céc diém biéu dién s6 phiic z thod 1 < |z — 1| < 2 trong mit phang phiic. Tinh
dién tich hinh (H).

@ 27 @ 3m. @ 4r. @ Sw.

Cau 11. Cho s6 phiic z ¢6 |z| = 9. Tap hop cic diém M trong mit phing toa do Oxy biéu dién sb phiic
w = Z+ 5i la mdt dudng tron. Tinh ban kinh dudng tron dé.

A)9. g. (©)3. D) 9V2.

Cdu 12. Cho cic sb phiic z théa man |z| = 12. Biét ring tip hop cic diém bi€u dién cic s6 phiic w =
(8 — 6i)z+ 2i 1a mdt dudng tron. Tinh ban kinh r ctia dudng tron do.

(A)r=120. (B) r=122. ©r=12. (D) r=24V7.
Cau 13. Cho sb phic z théa man |z+ 1 —i| = |z — 1 + 2i|. Tap hop cdc diém biéu dién cac sd phic z trén
mit phang toa do 1a mot dudng thang. Viét phuong trinh dudng thang do.

(A)4x+6y—3=0. (B) 4x—6y+3=0. (C)ax—6y—3=0. (D) 4x+6y+3 =0.
Cau 14. Cho sb phic z théa man |z| = /5. Biét ring tap hop cdc di€m bi€u dién s6 phiic w = (24 i)z — 3i
12 mot dudng tron c6 ban kinh bang r. Tim ban kinh r.

(A)r=1/5. B r=5. (©)r=10. (D) r=25.
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Chuong 4. 5O PHUC VA CAC PHEP TOAN Két néi tri thirc vai cude séng

y J J J
Cau 15. Trong mit phang véi hé truc toa do Oxy, cho s phiic z thda man |z — 1 + 2i| = 3. Tap hop cic
diém biéu dién cho s phic w = z(1 + i) 1a dudng tron nao dudi day?

(A)Tam I(3;—1), R =3V2. (B) Tam I(—3;1), R = 3.

(C)Tam I(—3;1), R =3V2. (D) Tam I(3;—1), R = 3.
Cdu 16. Cho sb phic w théa man |w+ 2| < 1. Biét tap hop cac di€ém biéu dién s6 phiic z thda min 7 =
2w+ 1 — i 1a m&t hinh tron. Tinh dién tich S cua hinh tron do.

(A)Ss=2x. (B) § = 4x. (C)ox. D) .
Cau 17. Tap hgp céc diém biéu dién ctia z thda |7 — i| = |z + 2 — 3i| 1a mot dudng thang c6 phuong trinh

(A)x—2y+3=0. (B)x—2y—4=0. (C)x+2y+3=0. (D) x+2y+4=0.
Cau 18. Trong mit phang toa dd Oxy, tp hop cac diém biéu dién sb phiic z thda man diéu kién z2 + (7)2 =0
la

@ Truc hoanh va truc tung.

DPuong phan gidc clia géc phan tu thit nht va thi ba.

@ Truc hoanh.

@ Céc dudng phan giac cua goc tao bdi hai truc toa do.

-~ . - A 2, 2 ~ Z + 2 N ~ A X 3 <A N A ~ [ R « X ’ A
Cadu 19. Xét cac so phiic z thoa man T la cac so thuan ao. Biét rang tap hgp cac diém biéu dien cac so
z—2i

phtc z luon thudc mot dudng tron ¢ dinh. Ban kinh ctia duong tron d6 bang
(A 1. V2. (©)2v2. D) 2.

Cau 20. Cho s6 phiic z théa man (1 + z)? 12 s6 thuc. Tap hop cac diém M biéu dién s6 phiic z 1a
@ Hai duong thang. Pudng thang. @ Parabol. @ buong tron.

Cdu 21. Biét tap hop céc diém biéu dién sb phic z thda man diéu kién |(1 + i)z — 4+ 2i] = 4v/2 1a mot
duong tron. Xac dinh toa do tam / va ban kinh R cua dudng tron do.

(A)I(1;-3),R=4. (B)I(4;—-2),R=4v2. (C)I(1;-3),R=2. (D) I(~1;3),R=4.
=1

Cdu 22. Tim tap hop diém biéu dién sb phiic z thda min n
z+i

(A)Hai dudng thing y = =1, trir diém (0; —1).
Hinh chit nhat giéi han bdi cac dudng thazlng x==x1,y==+I.
@Du6ng tron (x4 1)* 4+ (y— 1) = 1.

@ Truc Ox.

Cau 23. Phan gach trong hinh vé bén la hinh biéu dién cla tip hgp céc s6 phic
thda man diéu kién nao trong cac diéu kién sau day
(A6 <z <8. B)2<|z+4+4i| <4
(C©2<|z—4—4i|<4. (D)4 < |z—4—4i| < 16.

CdAu 24. Tap hop tht ca cac di€ém biéu dién sb phic z thdéa man z+7 = |z 1a
@ hai duong thang. mot parabol. @ mot dudng thang. @ mot e-lip.
Cau 25. Tap hop cac diém biéu dién sb phiic z thda man 2|z|? 43z 437z = 0 1a dudng tron c6 chu vi bing

3_7r. 3m. @97:. 9—ﬂ

2 4

Cdu 26. Trén mit phang toa do, tim tap hop diém biéu dién sb phic z sao cho z> 12 s6 thuan ao.
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yV J J J
@ Truc Ox.

Hai dudng thing y = x, y = —x, bd di diém 0(0;0).
@Hai dudng thang y = x, y = —x.

@ Truc Oy.

Cdu 27. Trong mit phang véi hé toa dd Oxy, goi (H) 1a hinh biéu dién tap hop cic sd phiic z thda main
|7z —z| < 10. Dién tich ctia hinh (H) bing

5w 257w r

—. —_ —. Sm.

2 T 2 ©sn
Cau 28. Cho cdc s6 phic z théa man |z —2i22°| = |z — 1 +2i|. Tap hop cdc diém biéu dién s6 phic w =
27 — 1+ 4i trén mit phang toa do 1a mot dudng thang. Khoang céach tir I(2; —3) dén dudng thang d6 bang

10v3 18v/5 10V/5 18v/13
Cdu 29. Cho hai s6 phiic z, w thay ddi thoa man |z| = 3, |z —w| = 1. Biét tap hop diém cta s6 phiic w la
hinh phang H. Tinh dién tich S ctia hinh H.

(A)S =207 (B) S = 167. (©)s=4n. (D) s =127

Cdu 30. Goi S la tap hop cac sb thuc m sao cho véi mdi m € S ¢6 diing mot s6 phiic thda man |z —m| = 4

12 s6 thuan 4o. Tinh téng clia cdc phan tif clia tap S.

@0- B 12. (©)6. D) 14.

Cau 31. Cho sb phiic z théa man |z| = 2. Tap hgp céc diém biéu dién s6 phic w = (1 —i)z+2i 1a
@ mot dudng tron. mot dudng thang.
@ mot elip. @ mot hypebol hoac parabol.

va

Cau 32. Tap hop cic diém bi€u dién s6 phic z thda man |2z — i| = 6 12 mot dudng tron ¢6 ban kinh bing
(A)3. 6v/2. (©)s. (D)3v2.

(12— 5i)z+17+7i|

Cau 33. Tap hop cac diém biéu dién s phiic z = x + yi v6i x,y € R thdéa man P 13
c6 phuong trinh nao sau day?
(A) (d): 6x+4y—3=0. B) (d): x+2y—1=0.
@(C)Ix2+y2—2x+2y+1:0. @(C):x2+y2—4x+2y+420.

Cau 34. Cho sb phic z thay ddi, thdéa man |z —i| = |z — 1+ 2i|. Biét ring tip hop cic diém biéu dién cia
s6 phiic @ = 7+ 2i trén mit phing toa do 12 mot duong thang. Phuong trinh dudng thang d6 1a

(A)x—4y+3=0. (B) x+3y+4=0. (C)x—3y+4=0. (D) —x+3y+4=0.
Cau 35. Cho s6 phiic z théa |z +2| + |z — 2| = 4. Tap hdp diém biéu dién ciia s6 phiic z trén mit phang toa
do Ia

@ mot duong elip. mot dudng parabol. @ mot doan thang. @ mot duong tron.

Cau 36. Cho sb phiic 7 théa |7+ 4| + |z — 4| = 10. Tap hop diém biéu dién ciia s phic z trén mit phang
toa do 1a mot duving Elip. TInh dién tinh hinh Elip do.

(A)S = 14r. (B) S = 15m. (C)§ =20 (D) s = 12r.

Cdu 37. Tap hop cac di€ém biéu dién sb phic z thdéa man 2|z —i| = |z —z+2i| 1a

@ Mot dudng thang. Mot dudng tron. @ Mot parabol. @ Mot diém.
~ 3 . o ~ 22 —Z _l_ 3l ~ . .2 g « R A P A o 2
Cdu 38. Cho s0 phiic z thda man i |= 3. Tap hgp céc diém M biéu dién so phuic z trén mat phang
Z+i
phtc la
@ Mot Parabol. Mot dudng thang. @ Mot dudng tron. @ Mot Elip.
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V' J J J
CaAu 39. Cho z1, 75 1a hai trong cdc s phic z théa man diéu kién |z — 5 — 3i| = 5, dong thdi |21 — 22| = 8.
Tap hop cac diém biéu dién ciia sb phic w = z; + 2o trong mit phang toa dd Oxy 1a dudng tron c6 phuong
trinh nao dudi day?
5\? 3\2 9 5 )
@(x—§> —|—(y—§> =T (x—lO) +(y—6)"=36.
5\? 3\?
(©) (x—10)2+ (y—6)* = 16. @(x—i) +(y—§) =9.

Cau 40. Cho ba s phiic z1, 2, z3 khong phai 1a s6 thuan thuc, théa man diéu kién z; +zp =4 va |71 —2| =
|z2 —2| = |z3 — 2| = 1. Tinh gia tri biéu thic T = |z3 — z; |2 +z3 —Zz|2.

(AT =12 B T=1. ©rT1 =4 D)T=3.

— HET—

Noi Pau Cé Y Chi & P6 C6 Con Dudng

o
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34/49 '

Bir4. MAX, MIN CUA MO-DUN SO PHUGC

A-CAC DANG TOAN THUONG GAP

& Dang 1. Tim max, min béng phuong phép dai s

e Biéu dién van dé can xét max (min) theo mot an.

e Khio sit ham s6, tim két qua.

$> Vidu 1. Cho s6 phiic z = cos2a + (sin & — cos )i véi o € R. Gia tri 16n nhét ctia |z| 1a

: % ©v2. D) 2.

® Loi gidi.

> Vidu 2. Xét cic s6 phic z thod man |z+2i| = |z— 1 —2i|]. Goi w 1a s phiic thod man diéu kién
w = (1 +i)z+ 2. Gid tri nhd nhét ctia biéu thiic P = |w| bing
5

1 1 5
= = ©\/ﬁ' T

® Loi gidi.

$> Vidu 3. Trong céc sb phic z thoa man diéu kién |z + 1 —2i| = |z — i|, tim 6 phic z c6 md-dun nhéd
nhit.

W z=—1+i. B z=-1-i. ©z=1-i. D) z=1+i.

 Loi gidi.

y J/ J J

e
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y J/ J J

& Dang 2. Tim max, min bdng phuong phdp hinh hoc

<& Gia st diém M (x;y) biéu dién cho s6 phiic z = x + yi. Khi d6:

, VOi A(x03y0)-

jul
My M

Va2 +b?

& Biét tap hop diém biéu dién s phic z 1a diém M (x;y) thudc dudng tron (C) c6 tim I(a;b), ban kinh

@ |Z| = OM. @ |z— (x0 —I—yoi)‘ =AM, v6i A(x0;¥0). -

& Biét tap hop diém biéu dién s phic z 1a diém M (x;y) thudc A : ax+ by +c = 0. Khi d6 g
4

_ _ I 5

D |2y =d(0,8) = == A a

. : c

&) }Z— (xo0 +y01)|min =d(A,A) ! o

_|axo+byo+c| : A | O

= -

O

‘O

QA

R. Khi do
@ }Z}min:|OI_R ; “O
\ ==
@ }Z}maXZOI—‘}_R' ) 6
® }z — (x0 + yoi) |min = }AI—R , VOi A(x05Y0); -
. 4,0 \
) }Z_(x0+yol)|max = Al + R, v6i A(x0;0)- 8
=
«O
> Vi du 4. Q
Trén mit phang toa do, dudng thang d trong hinh vé bén 1a tap hop cac diém biéu y D
dién sb phiic z. Khi d6 |z| c6 gia tri nhé nhit bing =
5 25 V5 3
@2 =2, ©V5. © L.
5 5 2 d
x
ol
® Loi gidi.
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y 4/ J J

4> Vidu 5. Trong cdc s6 phic z thoa man diéu kién |z + 1 —2i| = |z — i|, tim 6 phiic z c6 md-dun nhéd
nhAt.

W z=—1+i. B z=-1-i. ©z=1-i. D) z=1+i.

> Vidu 6. Xét cic s6 phuc z théa man |z + 4| + |z — 4| = 10. Gid trj 16n nhit va nhd nhit cla |z| 1an
Tugt Ia

(A) 10 va 4. (B)5va4. (C)4avas. (D)5 va3.

ng Viét

%e,

n Ho

W T

Gv Ths: Nguy

> Vidu 7. Cho z1a mot sd phic ma (z+ 1 — 2i)(z+3) 1a mot s6 thuc. Tim gid tri nhd nhat Py clia biéu
thiic P = [z —3+2i|.

(A) Py =4V2. PO:¥. ©r=v2 (D) Ry =0.

 Loi gidi.

36/49 ' B Th.S Nguyén Hoang Viet — 80905.193.688 ﬂ




Chuong 4. SO PHUC VA CAC PHEP TOAN K&t néi i thire véi cude sdng

y 4/ J J

~

ong

A2 (B 3. © V2. D 1.

?

Chi O b6 Cé Con bu

>=
.................................................................................................. 0
.................................................................................................. O
.................................................................................................. :
.................................................................................................. O
.................................................................................................. @
.................................................................................................. (0]
.................................................................................................. Z
$> Vidu 9. Cho s phiic z thda man |z — 3 +3i| = 2. Gi4 tri 16n nhét ctia |z —i| bang
A)7. 9. (©s. (D)3s.
® Loi gidi
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y 4/ J J

4> Vidu 10. Cho hai s6 phic z, 7 théa man |z+5| =5 va |7/ + 1 —3i| = | — 3 — 6i]. Tim gia tri nhd
nhit cda |z —7/|.

> 2. © V. D) 3v10.

’ A 2 ~ <X © A 3 N N A X 2 ., . 2 A
$> Vidu 11. Cho z 1a s6 phic thda man diéu kién 1Z+ -+ 2’ = 1 va w la s6 thuan do. Gia tri nho nhat
—2i

clia biéu thic |z — w| bing

(A5 5. (B V5. ©2v2. D) 1++3.
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y 4/ J J

$> Vidu 12. Cho sb phiic z thda man |z — 3 — 4i| = v/5. Goi M va m 1an ludt 1a gi tri 16n nhat va gia 2’
tri nhé nhit cta biéu thic P = |7+ 2|> — ]z — i|2. Mddun ctia s6 phiic w = M + mi 1a D

(A) |w| =3v/137. (B) |w| = v/1258. (©) |w| =2+/309. (D) |w| =2v/314.

® Loi gidi.

?

Chi O b6 Cé Con bu

Y

6

Noi Pau C

=
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y 4/ J J

e

)
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B-BAI TAP TU LUYEN

Cdu 1. Trong tit ca cac sd phic c6 dang z = m — 2+ mi (m € R), hdy tim phan thuc cda s phic z c6
mo-dun nhé nhét.

(A 1. ® 2. (©)-1. D)o.

Cdu 2. Trong cic sb phiic z thdéa man |z — 1 +i| = |7+ 1 —2i[, s6 phiic z ¢6 md-dun nhd nhit ¢6 phan 4o
la

3 3 3 3

= - ©-: 1o

Cau 3. Cho s6 phic z théa man (z+3 —i)(Z+ 1 + 3i) 1a mot sd thyc. Tinh gid tri nhd nhét cta |z].
(A) V2. 3/2. (©)4. (D) 2v2.
Cdu 4. Trong cdc s6 phiic z thda man diéu kién (z — 1)(z +2i) 1a s6 thuc. Hay tim s6 phic z c6 mo-dun
nho nhat.
@z:§+gi. ®:=2-%i @z:—§+§i. @z:§+§i.
Cdu 5. Xét cic sb phtc z théa man |z — 2 — 4i| = |z — 2i|. Tim gi4 tri nhé nhét cda |z].
(A) 4. 2V/2. (©)10. D)3.
Cdu 6. Trong céc s6 phic z thod man diéu kién |z+ 1 — 2i| = |z— i, tim s6 phiic z c6 md-dun nho nhét.
(A)z=—1+i. B z=—-1-i. ©z=1-i. D) z=1+i.
Cdu 7. Cho sb phiic z théa man |z — 1 —2i| = |z —2+i|. Pdt w = z+2 — 3i. Tim gid tri nhd nhit cla

M 121 11
—. v 10. —_—. —.
10 10 v 10
Cau 8. Trong cic s6 phiic z thda man |2z +z| = |z— i, tim s6 phiic ¢6 phan thuc khong 4m sao cho |z
dat gid tri 16n nhat.

V6 i i V3 V6
@Z—T+§. ®:=. @Z—T+§. @z—?jtg.

1a 6 thuan 4o. S6 phic z2 +4 c6 mo-dun nhé nhit bang

Cau 9. Cho sb phic z théa man ¢
l+z

@ V17, ®4 o¥B OR4A

17 13 13

4i ) « 12 P A s 1o 1A o
z+ —’ = 2. Goi M va m lan lugt 1a gia tri I16n nhat va nhé nhat cua |z].
<

Cau 10. Cho sb phic z théa méin
Tinh M +m.

2. 2V5. (©)V13. D) V5.
Cau 11. Cho sb phiic z = a+ bi v6i |z] =5 va b > 0 sao cho | (1 +2i)z* —z°| 1a 16n nhét. it z* = ¢ + di,
tinh tong ¢ +d.

(A) 100. 85. (C)125. (D) 52.
Cdau 12. Cho hai s6 phiic z1,z; thda man |z; —zp| = 1 va |z; + 22| = 3. Tinh gid tri 16n nhét ctia bi€u thiic
T = |z1] + |z

(AT =3. (B) T = 10. ©T1 =4 (D) T = V10.

Cdu 13. Biét tap hop di€m bi€u dién s6 phiic z thuoc dudng tron tdm / vabankinh
bing v/2 nhu hinh bén. Tim s phtic z ¢6 md-dun nhé nhét.

A1, ®) V2.
©2. ON 21

(0] 2 X

y J/ J J
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Cau 14. Biét tap hop di€m bi€u dién s6 phiic z thudc dudng tron tam / vabankinh
bing v/2 nhu hinh bén. Tim s phtc z ¢6 md-dun 16n nhit.

(A)3V2. 2V2.
(©)2. (D)2V3. 2=

(0] 2 X

Cdu 15. Cho hai sb phiic z1, 7, thda man z; 4+ zp = 8 + 6i va |71 — z2| = 2. Tinh gid tri 16n nhét cta biéu
thic P = |z1] +|z2|.

(A) v/26. 2V13. (©)V13. (D) 2v/26.
Cdu 16. Cho sb phic z = x +yi (x,y € R) c6 md-dun nhé nhét théa man diéu kién |z —4 —2i| = [z —2|.
Tinh P = x> +y?.
(A)32. 16. (©)s. (D) 10.
. Cau17. Trong mat phang toa dd, hiy tim s6 phiic z c6 mddun nho nhét, biét rang sb phic z thdéa man diéu
«@-kién |z—2 —4i| = /5.
> Az=-1-2i B) z=1-2i (C)z=—1+2i (D) z=1+2i.
O) cau 18. Cho sb phuc z thay ddi thda man diéu kién |z — 2 — 3i| = 3. Goi m, M lan lugt 1a gid tri nhé nhat
,3 Vagid tri 16n nhit ciia biéu thic |z + 3 + 2i|. Tinh § = M? 4+ m?.
:% (A) S =36. (B) §=18. (©)s=5. (D) S =118.
— Cdu 19. Cho s phc z thod man diéu kién |z — 1+ 2i| = v/5. Tim mé-dun 16n nhét cla sé phic w =
“® z+1+1
(A)2V/5. 2V15. (©)2v3. (D)2V6.

O) cau 20. Cho sé phuc z théa man |z — 1 — 2i| = 4. Goi M, m lan lugt 1a gid tri 16n nhat, gia tri nhoé nhét cta
|z+2+i|. Tinh S = M? +m?.

(A3, (B) 82. (C)68. (D) 36.

(141i)z

—1

Nguy

Cdu 21. Cho hai sb phic z va w, biét chiing thda man dong thdi hai diéu kién

+2’=1V€1w=iz.

Gv Ths

Tim gia tri 16n nhit ctia M = |z —w|.

(A)M =3v/3. (B)M=3. (CM=3v2. (D) M =2v/3.
CAu 22. Cho sb phiic z théa man |z — 2| + |z + 2| = 6. Pit m = min|z| vd M = max |z|. Tinh gid tri biéu
thic T = M? + 3m>.

(AT =17. (B) T =32 (©rT1=21. (D) T =24.

Cdu 23. Biét tap hop diém biéu dién sb phiic z thuoc duvng thang nhu hinh bén. Tim y
mo-dun nhd nhét cia s phiic z.
3 3
10. —_—.
v = .
©v2. D) V3.
O 1\ x

Cdu 24. Cho sb phiic z c6 diém biéu dién nim trén dudng thang 3x — 4y — 3 = 0. Gid tri |z| nhd nhit biang
bao nhiéu?

ob s o5 o5

y J/ J J
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y J/ J J
Cdu 25. Trén mit phang toa d6 Oxy, cho dudng thang d c¢6 phuong trinh x —y+ 10 = 0 va hai diém A, B
1an luot 12 cac diém biéu dién sb phiic z4 = 1+ 3i, zg = —4 + 2i. Tim s phiic z sao cho diém biéu dién M

ctia n6 thudc dudng thang d va MA + MB bé nhit.
(A)z=9-1i. (B) z=—5+5i. (C)z=—9+i. (D) z=—-11-i.

Cdu 26. Xét sb phiic z thda man |z+2 —i| + |z —4 — 7i| = 61/2. Goi m, M 1an lugt 1a gid tri nhd nhét va
gia tri 16n nhét ctia |z — 1 +i|. Tinh P = m + M.

(A)P=V13+/73. P:w. (C)P=5V2+2V73. @P:w.

Cau 27. Cho sb phiic z thda man |z — 3| = 2|z| va gid tri 16n nhét ctia |z — 1 + 2i| bing a + bv/2 v6i a,b 1a
céc s6 hitu ty. Tinh a + b.

on 42, ©)3. ® %‘.

N 2 2z—1i R
Cau 28. Cho s0 phiic z théoa man |z| < 1. DatA = 2Z _l. Ménh dé nao dudi day ding?
iz

(A) A < 1. B) A < 1. ©)Al> 1. D) |A] > 1.

Cau 29. Cho 6 phiic z thda man z.Z = 1. Tim gid tri nho nhat cta biéu thic P = |2° +3z+2| — [z + 2.

15 3 13
= T =, D) 3.

4 4
Cau 30. Cho sb phiic z théa man |z — 2i| = |z +2|. Tinh gid tri nhd nhit cla biéu thic P = |7+ 2i| + |z —
5+9i|.
(A) V0. 4V/5. (C)V7a. (D) 3V/10.

i
1| =1.
Y z+ ’

(A)2. ®) 3. ©v2. D) 1.

Cau 32. Cho hai s6 phtc z, 7 théa man |z+ 5| =5 va |7/ + 1 — 3i| = |7 — 3 — 6i|. Tim gi4 tri nhd nhit ctia
e—7|.

®3 : Vi ©)3vTo

CAu 33. Xét céc s6 phiic z = a+bi (a,b € R) thda man |z — 3 + 3i| = /2. Tinh P = a+ b khi |z — 1 +3i| +
|z — 34 5i| dat gid tri 16n nhAt.

(A P=-2. (B) P=-38. (©pr=s. D) P=2.

Cdu 34. Cho z 1a s phic théa man diéu kién

Cau 31. Tim gid tri I6n nhét ctia |z| biét ring z théa man diéu kién

— =zl

+ 2‘ =1 va w 1a s6 thuan do. Gia tri nhd nhét cia
biéu thic |z — w| bing
A5 5. ® V5. Cva oI

Cau 35. Trong mit phang Oxy, xét cic sb phiic z, Z, 7+ Z lan lugt ¢ diém biéu dién 1a A, B, C. Tim gia tri
nho nhét ctia |z|, biét ti gidc OACB c6 dién tich bang 24.

(A) 2//6. 2V/3. (©)3. (D) 4v/3.

Cdu 36. Xét hai s6 phic z va 7 théa man |z+7 — 10 —2i| = |7/ + 1 +2i| = 2. Tim gid tri nho nhét cta

lz4+7|.
1
o ! s o2
~ , , X P > ~ Z_3+l ., . > 3 > R P .
Cadu 37. Xét cac so phic z théa man N = 1. Tim gid tri nho nhat cta biéu thic T = [z— 7 +i| +
—i

2|z—2-3i|.

(A)3v/5. 4/5. (©)4v3. (D) 2v/3.
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y J J J
CdAu 38. Xét cic s6 phiic z théa man |z — 1 —i| = 5. Tim gi4 tri 16n nhit cta biéu thic P = 2|z — 8i| — |z —
7-9il.
(A) /500. 10V/2. (©)5V2. (D) 5V5.

CdAu 39. Xét hai s6 phic z1, 75 thda |z —3 —4i| = 2 va |z; — 22| = 1. Tinh gid tri nhé nhit ctia biéu thic
P =z~

(A)—6—2/5. 5. (C)—V/35. (D) —10.
Cau 40. Cho sb phic z thay di, théa man diéu kién |z+ 3 — 4i| < |3 —4i|. Goi m, M lan lugt 1a gia tri nho
nhit va gia tri 16n nhét cia biéu thiic F = |z 41 —2i|* — [z — 2 +i|. Hay tinh P = 2M + m.

(A)P=-78+10y/10. (B) P=-52. (C)P=-78—10y/10. (D)P =78+ 101/10.

Viet

~

Gv Ths: Nguyén Hoang

)

e
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y J/ J J

Bi15. DE ON TAP CUOI CHUONG

A-DE ONTAP SO 1

Cau 1. Cho sb phiic z =5 — 3i. Tim phan thuc va phan 4o ctia sd phic Z.

(A) Phin thuc 1a —3, phan &0 1a 5. Phan thyc 1a 5, phan 4o la —3.
(C)Phn thuc 12 5, phin 40 1a 3 . (D) Phén thuc 1a 5, phin 4o 12 3.
Cdu 2.
Trong hinh bén, diém nao trong cic diém M, N, P,Q biéu dién cho s6 phiic c6 mddun s
bing 2v/2?

(A) Diém N. Piém M. Y "
(C)biém P. (D) Piém Q. — .

v
=}

Cdu 3. Sb phiic lién hop cia s6 phifc z = 3 +2i 1a
(Az=3-2i (B)z=2+3i. (C)z=2-3i. (D)z=—2+3i.
Cdu 4. Sé nao trong céc s6 sau 1a sb thuc?
2 V2+i
1+iv3)". :
I 724!

©2+i\/§+2+9i\/§. D) (v3+2i) - (V3-2i).

Cdu 5. Trong mit phang phiic, goi A, B, C 1an ludt 1a cic diém biéu dién cac s6 phic z; = —1 + 34,
22 = 14 5i, z3 = 3 +i. Tim sb phiic c6 diém biéu dién la trong tim ciia tam gidc ABC.

(A)1+3i. (B) 3+9i. (©)—1+3i. (D) 1-3i.

Cau 6. Tim céc s6 thuc a,b théa man 2a+ (b +i)i = 1 +2i véi i 1a don vi do.
1
(A)a=0,b=2. azz,bzl. (Cla=0b=1. Da=1,b=2.

Cau 7. Cho sb phiic z = 1 — 2i. Khang dinh nao sau diy 1 khiang dinh diing?
@ Sé phiic z 1a s6 thuan 4o. Phan 40 clia s6 phtc z 1a —2i.
@ Phan thuc ctia s6 phic z1a 1. @ Phan 4o ctia s6 phtc z 1a 2.
Cdu 8. Trong mit phang toa do Oxy, toa do diém M biéu dién s6 phitc z =4 —i la
(A) M(4:1). (B) M(—4;1). (C)M(4;-1). (D) M(—4;-1).
CAu 9. Trén mit phang phtc, cho diém A biéu dién sb phic —2 + 3i, diém B biéu dién s6 phiic 4 — 5i. Goi
M 1a trung diém cta AB. Khi d6, diém M biéu dién s6 phtc nao trong céc sb phc sau
(A)3—4i. (B) 3+4i. (©)1+i. D) 1-1i.
Cau 10. Tap hop cic diém biéu dién s phiic 7 théa man 2|z — 1| = |z+Z+2| trén mit phang toa do la
mot
@ dudng thang. dudng tron. @ parabol. @ hypebol.
Cau 11. Tinh mo-dun cta sb phiic z = 3 + 4i.
(A)3. 5. ©)7. D) V7.
Cau 12. S6 phiic z nao sau diy théa man |z| = v/5 va z 12 sb thuan a0?
(A)z=+/5. B z=v2+V3i. (C)z=5i. D) z=—/5i.
Cdu 13. Tim md-dun ciia s6 phiic z thda man 2z(1 +i) + (z+2)(1 —i) = —1 +5i.

A)7. 5. ©)12. (D) 25.
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(A) |z +i| = V6l. 2+ = 5v/2. (©)|z+i] = 3v/5.
Cdu 15. Sb phic lién hop ctia s6 phic z = 4i — 7 1a

(A) —7—4i. (B) —7+4i. (C)7+4i.

Cau 16. S6 phic lién hop cia z théa man bat dang thic (1 +i)z = —1+3ila

(Az=1-2i B)z=1+2i (C)z=—-3+3i
Cau 17. Riit gon biéu thic P = 2000 4 ;2021

(A)P=1+i. B P=1-i (©P=—1+i
CdAu 18. Tim s6 phiic w = 3z + 7 biét 7 = 1 +2i.

(A w=4+4. (B) w=4—4i, (Cw=2—4i

~ p 2 1
Cadu 19. Cho s0 phtic z =7 —i. Tim s0 phiic w = —.

7 1. - 1 7. _i l
@W:———l. w————l——z. @w—so—l—sol.

50 50 50 50

- Céu 20. Tim sb phiic z ¢6 phan ao duong théa z2 —2z+ 10 = 0.

(A)z=1+3i. (B) z=—1+3i. (C)z=2+6i.

Cdu 21. Ki hiéu z;,2, 12 cdc nghiém phifc clia phuong trinh z2 — 6z 4 10 = 0 (z; ¢6 phan 4o 1a s6 4m). Tim

Z
A

O SO phtc lién hop ciia s6 phifc w = 3z% — 21% +1.

lai 12 zo. Tim sb phiic w = bz; + c2>.

(A)w=18—i. (B) w=18+i. (Cw=2-9i

CdAu 24. Trong mit phing toa do Oxy, tip hop diém biéu dién cic s6 phiic 7 thda man ‘z —(8—9i) ’ =31a
dudng tron c6 toa do tim I va ban kinh R 1an luot 1a

(MI1(8;—9),R=3.  (B)I(8;9),R=3. (C)1(—8;9),R=3.

PN A o o .. , £ 2 A 4s m+2i
CdAu 25. Tim tat ca cac gia tri thuc ctia tham s6 m d€ so phuc z =
m

— <zl

(A)m>2. m< 2 (C)—2<m<2.

m>2

(D) |z +i| =2v/41.
(D) 4+7i.
(D)z=3+3i.
DP=—-1-i
D)w=2+4i.

@w—l—l—ii
50 50

@z:—2+6i.
(D)w=30—-9i.

©)5=2(vi+V3).

(A)w =9+30i, (B) w=9—30i. (©w=9-10i.
CAu 22. Ki hiéu zy, 22, 23, z4 12 bdn nghiém cla phuong trinh z* 472 — 6 = 0. Tinh S = |z1| + |z2| + |z3] +
|2al.

(A)S=2v3. ®s=2(v2-v3). (©s=2v2
Cau 23. Biét z; = 2 — i 1a mot nghiém phiic ctia phuong trinh z2 4+ bz +c¢ = 0 (b,c € R), goi nghiém con

@w:2+9i.

(D) 1(-8-9),R=3.

¢6 phan thuc duong.

@m<—2.
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Cau 14. Biét s6 phiic z thda man dong thdi hai diéu kién |z — 3 —4i| = v/5 va biéu thiic M = |+ 2> — |z —i|?
dat gid tri 16n nhét. Tinh mo-dun cta s6 phic z +i.
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y J J J
B-DE ON TAP $O 2

Cau 1. Cho hai sb phifc z; = a+bi vazo =3+ 15i. Pidu kién d€ z; = 2 1a

(Aa=3vab=15. (Bla=6vab=15. (Cla=15vab=3. (D)a=3vab=?30.
Cdu 2. Cho sb phiic z = —3 +2i. Téng phan thuc va phin 4o ctia sb phic z bang

A) —1. —i. (©)-s. (D) —5i.
Cau 3. Cho sb phiic z = 4 — 2i khi d6 diém M biéu dién s6 phiic z trén mit phang cé toa do 1a

(A) M(4; —2i). M(4;-2). (C)M(-2;4). (D) M(—2i;4).

Cdu 4.
Diém M trong hinh vé bén 1a diém biéu dién ctia s6 phiic z. Tim phan thuc va phan 4o y
ctia s phuc z.
@ Phan thuc 12 1 va phan 4o 1 2. Phan thuc 12 1 va phan 4o 12 2i.
@ Phan thuc 12 2 va phan 40 12 1. @ Phan thuc 12 2 va phan 4o 12 i. lp-------- °

Cau 5.
Cho s6 phiic z thod min 3z = 3 + 6i. Hoi diém biéu dién ctia z 1a diém nao trong céc Y,
diém M, N, P, Q & hinh duéi day?

(A)biém Q. Nr--1--"M
Piém P.
(C)Piém M.

(D) biém N. ~1

Cdu 6. Tinh mddun ctia sb phiic z = 4 — 3i.

@) [¢| =25. d=7. ©l=v7. © el =5.
Céu 7. Néu modun ciia sb phiic z biing r(r > 0) thi mddun ciia s6 phiic (1 —i)*z biing

@ 2. 2r. @ 4r. @ r.
Cau 8. Cho s6 phic z = 1 +i+/3, sb phiic lién hop ciia sb phiic z 1a

(A)z=—1+iV3. B)z=V3+i. Cz=—V3-i. D)z=1-iV3.
Cdau 9. Tim sb phiic lién hgp cia s6 phic z = (—2+ 3i) (7 — 8i).

(A)z=10-37i. (B)z=—10—37i. (C)z=38-37i. (D)z=—38—37i.
Cau 10. Cho s phiic z = a+ bi v6i a,b € R théa man (1 +2i)z—4i=7.Khi déa—b la

@) -1. 1. (©)3. (D)5.

Cdu 11. Tim mo-dun ctia sb phic z biét Z(1 +3i) +5i =3
V85 13 V97 7
Blel =% ® =< ©ldl= "%~ Dlkl=3.

Cdu 12. Trong mit phang toa do Oxy, goi M 1a diém biéu dién s phiic z = 3 —4i, N 1a diém biéu dién cho
. 14+
s0 phiic 7/ = %z. Tinh dién tich cua tam giac OMN.

@S:?. S=§. @s:?. @5:175.
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y J J J
Cdu 13. Tinh modun ciia s6 phiic z thoa (1 —2i)z—3+42i = 5.
3v/85 4+/85 V385 2v/85
Bl = =5~ ® el = ——. ©ldl="5~ D=5

Cau 14. Cho sb phtic z; = 1 +2i va zp = —2 — 2i. Tim mddun clia sb phic z; — z>.
(A)[z1 2| =5. 21—z = 1. © 21— 22| = VT7. (D) |21 —z2| =2V2.

Cau 15. S6 phiic nghich dao cia sd phifc z =1+ 3i 1a
1 1 1
143 — (1 —=3i). 1—3i. — (14 3i).
(A) 75 (1+31). B) 5 (1-30) ©1-3i D) = (1+3)

CdAu 16. Cho hai s6 phiic z,w théa man |z — 1| = |z+3 —2i| vaw = z+m+i v6i m € R 1a tham sb. Gia tri
ctia m dé ta ludn c6 |w| > 2v/5 1a

0, m=7 m=1 ©-3<m<1. D3<m<7.

m<3 m< =3

Cau 17. Tim nghiém phiic ctia phuong trinh: x* +2x +2 = 0.

®X1:2—i;XQ:2—|—i. X1:—1—i;X2:—1—|—i.
@xlzl—i;xzzl—l—i. @xlz—Z—i;xzz—Z—i—i.
5 o o R
.=2" Cdu 18. Goi z, z» 1a hai nghiém phiic cia phuong trinh 2z —3z+4 = 0. Tinh w = — + — +iz| 2.
1 2

> 3 3 3 3

o Bw=7+2 B w=3+2. ©w=2+3i Dw=-7+2.

c

IU Cau 19. Goi z1,22,73,24 1a bdn nghiém phiic ciia phuong trinh 2z* —3z2 =2 =0. Tong T = |z1| + |22| +

|Z3| + |z4] bang?

- - .

- (A)3v/2. (B) 2v2. ©)o. D) vV2(2+i)
“G; Cadu 20. Phuong trinh bac hai nao sau diy c6 nghiém 1+ 24?

=5 (A)Z2-2+3=0. (B) 22+2z+5 =0. (©)2—2+5=0. (D)2 +2z+3 =0.

O) cau 21. Cho sb phic z = a+bi(a,b € R) thda man z+ 27 = 6 +i. Gid tri cla bi€u thic a +2b 1a
(A)1. ®)o. (©)-1. D) 3.

Cc‘:u 22. Cho sb phiic z théa man diéu kién (3 + i)z = 15 — 5i. Khi d6 phan thuc va phan 4o ctia sb phic
lan lugt 1a

(A)4va3. (B) 4 va 3i. (C)4va —3i. (D)4 va —3.
CdAu 23. S6 phic z = a+ bi théa méan (1 —3i)z 1a s6 thyc va [z—2+5i| = 1. Khidé a+ b la

A)o. (B)s. ©s. D7

Cau 24. Goiz=x+yi (x,y € R) 1a s phiic thda mén hai didu kién |z — 2>+ |z +2|* =26 va |z —

\' Ths: N

dat gid tri 16n nhét. Tinh tich xy.
9 13 16 9
Ay == ®) xy= = Oxy=7 Dxy=3.
4 2 9 2
Céu 25. C6 bao nhiéu s6 phiic z thda man |z+ 1 — 3i| = 3v/2 va (z+2i)* 1a s6 thuin 40?
(A)3. (B) 4. ©1. D) 2.

— HET—
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Chuong 4. SO PHUC VA CAC PHEP TOAN

Két néi tri thirc vai cude séng

y J J J
DAP AN THAM KHAO CAC BAI TAP TU LUYEN
DAP AN BTTL BAI 1
1. All22 D3 B[4 D5 Blle. A][7. c8. c 9. All10. D
11. B |[12. A |[13. B |[14. D |[15. D ][16. D |[17. D |[18. C |[19. B ][20. A
21. B |[22. B |[23. A ][24. D |[25. B |[26. C ][27. A |[28. D ][29. C ][30. C
31. B |[32. D |[33. A ][34. C |[35. € |[36. C |[37. A |[38. C |[39. A |[40. C
DAP AN BTTL BAI 2
1. BJ[2. B3 A4 D5 clle. c[7. B][s. DJ9. B |[10. D o)
11. C |[12. A ][13. B |[14. D |[15. B ][16. A |[17. D |[18. B |[19. C ][20. C c
21. D |[22. D |[23. € ][24. C |[25. ¢ |[26. B |[27. B ][28. D ][29. C |[30. D 0
31. B |[32. € |[33. € |[34. B |[35. B |[36. B |[37. C |[38. B ][39. B |[40. D 8
—— - c
DAP AN BTTL BAI 3 o
@)
1. DJ[2. c]3 A4 All5. Dll6. B[7. Al[s. Al]9. B |[10. B O
11. A |[12. A ][13. ¢ |[14. B |[15. A ][16. B |[17. A |[18. D |[19. B ][20. A O
21. A |[22. D |[23. C ][24. A |[25. B |[26. C |[27. B |[28. C ][29. D |[30. A \0
31. A |[32. A |[33. A |[34. C |[35. C |[36. B |[37. C |[38. A ][39. B |[40. C n)
O
DAP AN BTTL BAI 4 —
C
1. cl]l2. DJ[3. DJ[4 D5 Bll6. Al[7. DJ8. D|9. A |[10. B O
A
11. ¢ |[12. D |[13. B |[14. A ][15. D ][16. C |[17. D |[18. D |[19. A ][20. C >
21. C |[22. D |[23. B |[24. B |[25. B |[26. B |[27. A |[28. B ][29. B |[30. D ‘8
31. A |[32. A |[33. D |[34. A |[35. B |[36. D |[37. B |[38. D |[39. D |[40. A .
«O
-, , X A X
DAP AN PE ON SO 1 ]
1. cll2. DJ[3. A4 c 5 Alle. DJ[7. ¢ ][s. c]9. D J[10. C 223
11. B |[12. D |[13. B |[14. A |[15. A |[16. A |[17. A |[18. A |[19. D ][20. A
21. A |[22. D |[23. D |[24. A |[25. B
DAP AN DE ON 56 2
1. All2. A3 B4 cl5. clle. DIJ[7. B][s. D|9. A ]10. D
11. A |[12. A ][13. D |[14. A ][15. B ][16. B |[17. B |[18. A |[19. A ][20. C
21. B |[22. A |[23. B |[24. D |[25. A

o
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