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CHUONG II

PUONG THANG VA MAT PHANG TRONG KHONG GIAN
QUAN HE SONG SONG

000!

§1. PAI CUONG VE PUONG THANG VA MAT PHANG

A. KIEN THUC CAN NAM

I. Céc tinh chat thira nhan
Tinh chét 1. C6 mdt va chi mot dudng thang di qua hai diém phan biét .
Tinh chéat 2. C6 mdt va chi mot mat phang di qua ba diém khong thang hang.
Tinh chét 3. Néu dudng thang c6 hai diém phén biét thudc mot mat phang thi moi diém cia duong thing
déu thuoc mit phang do.
Luu y: Puong thang d nam trong mp(a) ta ki hidu: d O(a) hay (a) 0 d
Tinh chit 4. Ton tai bon diém khéng ciing thudc mot mit phang.
Tinh chit 5. Néu hai mit phang phan biét c6 mot diém chung thi ching con ¢6 mot diém chung khac nira.
Nhu vay: Néu hai mat phiang phan biét c6 mot diém chung thi chiing c6 mot dudong thang chung di qua
diém chung ay va duong thang d6 goi 1a giao tuyén cta hai mat phang.
Tinh chét 6. Trén mdi mat phang, cic két qua di biét trong hinh hoc phang déu diing.
II. Céch xdc dinh mit phang.
Mot mat phéng hoan toan xac dinh khi biét: A c
-

1. N6 di qua ba diém khong thang hang

(ABC) biéu thi mat phang xac dinh bdi ba diém phan biét khong thang
hang A, B, C.

2. N6 di qua mot diém va chira mot duong thang khong di qua diém d6
(M, d) biéu thi mit phang x4c dinh boi duong thang d va diém M
khong nam trén d. —d

a.
3. N6 chira hai duong thang cit nhau
(a, b) biéu thi mit phiang xéac dinh boi hai dudng thang cit nhau a va b. /( %

acdtbtaiM

III. Hinh chép va hinh t&r dién
1. Hinh chép : Trong mit phang (a) cho da giac 10i AA,.. A .

Piém S ndm ngoai (a). Lan luot ndi S v6i cac dinh ALA,,.LA ta
dugc n tam gidc SA/A,,SAA,,...,SA A . Hinh gém c6 da giac

AA,..A vantam giac SAA,,SAA,,...,SA A duoc goi 1a hinh
chép , ki hi¢u S.AA,..A

2. Hinh tir dién

Cho bdn diém A, B, C, D khong dong phang. Hinh gdm
bdn tam giac ABC, ABD, ACD va BCD dugc goi 1a hinh tir
dién , ki hiéu ABCD.
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B. BAI TAP

an dé 1. Tim giao tuyén ciia hai mat phing i )
Phwong phdp: Ta di tim hai diém chung phan bét cua hai mét phang dé. Giao tuyén cta ching la
duong thang di qua hai diém do.
anf=M
Nghiala: san B=N = an f=MN
MZN

Bai 1.1. Cho bdn diém khong dong phang A, B, C va D. Trén doan AB va AC 1y hai diém M va N sao
AM AN

cho W = l;ﬁ =2 . Hay xéac dinh giao tuyén cla mat phéng (DMN) véi cac mat (ABD), (ACD), (ABCO)
va (BCD) .
HD »Gidi
< (DMN)n (ADB)=". A
Tacé DUO(DMN) n (ADB)
M O(DMN)

} — M O(DMN) n (ABD)
MOAB O (ABD)=> M O(ABD)
Vay : DM =(DMN) n (ABD)

% (DMN)n (ACD) =DN

< (DMN)n (ABC)=MN
% (DMN) n (BCD) =? B L

E
Trong mp(ABC) c6 AM Z A—N, nén MN n BC=F
BM NC

R/
*

Tuong tw: (DMN) n (BCD) = DE

Bai 1.2. Cho S 1a mot diém khong thugc mét phang hinh binh hanh ABCD. Tim giao tuyén ctia hai mét
phang (SAC) va (SBD).

7 HD xGidi
Goi O 1a giao diém ctia AC va BD. Ta cé
SO(SAC) n (SBD)
OOAC O(SAC)
O0BD O (SBD)
nén SO = (SAC) n (SBD)
Vay giao tuyén hai mit phing (SAC) va (SBD) 1a
duong thang SO

} — O0(SAC) n (SBD)

Bai 1.3. Cho S 1a mot diém khong thudc mét phanh hinh thang ABCD (AB // CD va AB > CD). Tim giao
tuyén hai mat phang (SAD) va (SBC).

HD xGidi
Goi I 1a giao diém AD va BC. Ta c6 S va I 12 hai s
diém chung cua (SAD) va (SBC), nén
SI =(SAD) n (SBC)
Vay giao tuyén hai mat phang (SAD) va (SBC) 1a
duong thang SI.

=
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Bai 1.4. Cho bn diém A,B,C,D khong dong phang. Goi I, K 1an luot 1a trung diém cta hai doan thang AD
va BC.

a) Tim giao tuyén cua hai mat phang (IBC) va (KAD)

b) Goi M va N 1a hai diém lan luot trén hai duong thang AB va AC. Tim giao tuyén cta hai mat phang
(IBC) va (DMN).

HD xGidi
a) (IBC) n (KAD) = KI . Vay giao tuyén hai mit phang (IBC) va (KAD) 1a dudng thing KI.
b) Trong mp (ABD), goi E=MD n BI,
trong mp(ACD) , goi F =ND n CI Tac6:
(IBC)n (DMN)=EF
Vay giao tuyén hai mat phfmg (IBC) va (DMN)
1a duong thang EF.

me dé 2. Tim giao diém ctia dwong thing d va mit phing (a)
Phwong phdp: Dé tim giao diém cua mot duong thang d va mot mdt phang(a), ta c6 thé dua vé
viéc tim giao diém cua duong thang d v4i mot duong thiang d’ nam trong mit phang (o)
mp phu(f) 0 d
Nghiala: (B)n(a)=d' t=dn(a)=1
dnd=I

Bai 1.5. Cho tam gidc BCD va diém A khong thuc mat phang (BCD). Goi K 1a trung diém cta doan AD
va G la trong tam cua tam giac ABC. Tim giao diém ctua dudong thang GK v6i mat phang (BCD).

HD xGidi
Goi J 1a giao diém cua AG va BC. Trong mit A
phéng (AJD), tacod £ = E,A—K = l nén GK va
Al 3 AD 2 K
JD cit nhau. Goi L 1a giao diém ctiia GK va JD.
Taco LUGK G
D

B
LOJD = LO(BCD) }
JD O (BCD)
L

Vay L 1a giao diém ciia GK va (BCD)

Bai 1.6. Cho tir dién ABCD. Goi M, N lan luot 14 trung diém cic canh AB va CD, trén AD liy diém P
khong tring vé6i trung diém AD.

a) Goi E 1a giao diém cua duong thang MP va BD. Tim giao tuyén ctia hai mp (PMN) va (BCD)

b) Tim giao diém cuia hai mp (PMN) va BC.

HD xGidi
a) (MNP)n (BCD)=EN
b) Trong mp (BCD), goi Q = EN n BC
Tacod: BCn(MNP)=Q

Bai 1.7. Cho tt dién ABCD. Goi I, J 1a céc diém 1an luot ndm trén cic canh AB, AD véi Al = %IB va
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AJ = %JD . Tim giao diém cta duong thang IJ véi mat phang (BCD).

HD x=Gidi
1 A
Al =—IB .
Do é nén 1J kéo dai cat BD, goi giao
AT =ZJD ~—
3 B 5 K
diémla K. Khidé K =1J n (BCD) c

Bai 1.8. Cho hinh chép S.ABCD c6 ddy la tir gidc ABCD c6 hai canh d6i dién khong song song. Lay diém
M thudc mién trong cta tam giac SCD. Tim giao tuyen cua hai mat phang:
a) (SBM) va (SCD) b) (ABM) va(SCD) ¢) (ABM) va (SAC)

HD xGidi
a) Ta cé ngay: (SBM)n (SCD)=SM s
b) Tacé: MUO(ABM)n (SCD)
Trong mp (ABCD) goi 1 = ABn CD
Suy ra : MI =(ABM)n (SCD)

¢) Ta c6: AO(ABM)n (SAC). A D
Trong mp (SCD), goi J =IM n SC B }

Suy ra: J O(ABM) n (SAC) c

Vay: AJ =(ABM) n (SAC) I

Bai 1.9. Cho hinh chop S.ABCD c6 day ABCD la tir giac, M va N tuong ung 1a cic diém thudc céc canh
SC va BC. Tim giao diém cua duong thang SD véi mat phang (AMN).

HD xGiai

Goi O = AC n BD .Trong mp(SAC), goi K =SO n AM
Trong mp(ABCD), goi L =BD n AN

Chon mit phang phu (SBD) chua SD.

Vatacé: LK =(SBD)n (AMN)

Ma trong mp (SBD), ¢c6 LK nSD =P

Vay: P=SD n (AMN)

an dé 3. Chimng minh ba diémv thfmg hang i
Phwong phdp: D¢ chiing ba diém thang hang, ta c6 thé chiing minh ching cung thudc hai mat
phéng riéng biét.

Bai 1.10. Cho ttr dién SABC. Trén SA, SB, SC lan lugt ldy cac diém D, E va F sao cho cit AB tai I, EF cit
BC tai J, FD cat CA tai K. Chiing minh rang ba diém 1, J, K thang hang.

HD »Gidi
I0DE
Ta cé: = IJ(DEF) va
DE O (DEF)
I0AB
=1U(ABC). Suy ra: JO(MNK) n (BCD)
AB(ABC)

Li luan twong tu ta ¢6: J, K ciing 1a diém chung cta hai mit phang
(DEF) va (ABC)

Vay I, J, K thudc vé giao tuyén cta hai

mit phang (DEF) va (ABC) nén I, J, K thing

hang.
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Bai 1.11. Cho ba diém A, B, C khong thuc méit phang (Q) va cdc dudng thang BC, CA, AB cit (Q) lan
lugt tai M, N, P. Chung minh rang M, N, P thang hang.

HD xGidi
Ta c6 M, N, P lan lugt thudc vé hai mat phang (Q)
va (ABC), nén M, N, P thudc vé giao tuyén cia hai
mit phang (Q) va (ABC). Vay M, N, P thang hang.

Bai 1.12. Cho hinh chép S.ABCD c6 AB va CD khéng song song. Goi M 13 mot diém thudc mién trong
cua tam giac SCD.

a) Tim giao diém N cta duong thang CD va mit phang (SBM)

b) Tim giao tuyén ctia hai mat phang (SBM) va (SAC)

¢) Tim giao diém I ciia duong thang BM va mp(SAC)

d) Tim giao diém P ctia SC va mp(ABM), tir d6 suy ra giao tuyén ctia hai mit phing (SCD) va (ABM).

HD »Gidi
a)Goi N=SMnCD.Tacé N=CDn (SBM)
b) Goi O =AC n BN .Tac6:(SBM) n (SAC) =SO
¢)Goi I =S50 n BM
Tacé I =BM n (SAC)
d) Goi R=ABnCD,P=MRn SC
Taco6P=SCn (ABM)= PM =(SCD)n (ABM)

Bai 1.13. Cho hinh chép S.ABCD. Goi M 14 mét diém nam trong tam giac SCD.
a) Tim giao tuyén cua hai mat phéng (SBM) va (SAC)

b) Tim giao diém cua duong thang BM va mp(SAC)

¢) Xéc dinh thiét dién ciia hinh chép khi cit bai mat phang (ABM)

HD xGidi
a) Goi N = SMnCD, O = ACnBN. Khi d6 SO = (SAC) n
(SBM).
b) Trong mp(SBM), duong thing BM cit SO tai 1. Ta c6
[=BMn (SAC).
¢) Trong mp(SAC), dudng thang Al cit SC tai P. Tac6é P va M la
hai diém chung ctia mp(ABM) va mp(SCD).
viy (ABM) n (SCD) = PM. Pudng thang PM cit SD tai Q. thiét
dién cuia hinh chép khi cit boi mp(ABM) 1a tir gidac ABPQ.

Bai 1.14. Cho hinh chép S.ABCD c6 déy 1a hinh thang ABCD (AB//CD, AB > CD). Goi
I, J theo thtr tu 14 trung diém cua cic canh SB va SC.

a) Xac dinh giao tuyén cda hai mat phfmg (SAD) va (SBC), (SAC) va (SBD)

b) Tim giao diém ciia duong thang SD v&i mp(AlJ)

¢) Xac dinh thiét dién cta hinh chép S.ABCD cit boi mp(AlJ)

HD xGidi
a) Goi K 1a giao diém ctia AD va BC, khi d6 hai mit phang
(SAD) va (SBC) c6 hai diém ching 1a S va K. Vay:
(SAD) n (ABC) =SK
Goi O 1a giao diém cua AC va BD. Vay (SAC)n (ABD) =S80
b) Goi M la giao diém cua SK va IJ. Khi d6
(SAD) n (AlJ) = AM . Goi E 1a giao diém cia AM va SD thi E
chinh 1a giao diém ctia SD v&i mp(Al).
¢) Thiét dién cta hinh chép khi cit boi mp(AlD) 1a ti gidc AIJE.
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$2. HAI PUONG THANG CHEO NHAU
VA HAI PUONG THANG SONG SONG

, ~ A.KIEN THUC CAN NAM
L. Vi trf twong d6i cua hai dudng thang trong khong gian )
Cho hai duong thang a va b trong khong gian. C6 hai kha truong hgp sau day xdy ra doi voi a va b

THI1. C6 m{t mat phang chtra a va b

1. a va b cit nhau tai M, ki hiéu | 2. a va b song song v6i nhau, ki hiua / | 3. a va b tring nhau, ki
anb=M bhoachb//a hiéu a=b

[ = Y b=

a, b trang nhau

acdt b tai M a, b song song

TH2. Khéng c6 miat phang nao chira ca a va b. Khi d6 ta néi a va b chéo nhau.

s

a, b chéo nhésu

II. Céac dinh i va tinh chat

1. Binh If 1. Trong khong gian, qua mot diém khong nam trén duong
thfmg cho trudc, c6 mot va chi mot duong thfmg song song voi - a
duong thang da cho. d
Nhan xét: Hai duong thang song song a va b xac dinh mot mat a
phang, ki hiéu mp(a, b) hay mp(b, a)

2. Dinh 1i 2. (vé giao tuyén ba mat phang)

Néu ba mit phfmg phan biét d6i mot cit nhau theo ba giao tuyén
phan biét thi ba giao tuyén 4y hodc dong quy hodc ddi mot song song
v6i nhau.

H¢ qua: Néu hai mat phang phén biét lan luot chira hai duong thang song song thi giao tuyén cua chiing
(n€u cd) ciing song song voi hai dudong thang d6 hodc trung véi mdt trong hai duong thang do.

(&) ()

D

A
A
A

thang thir ba thi song song v&i nhau.
4. Ba doan théng ndi trung diém céc canh ddi dién ctia mot tir dién (o)
ddng quy tai trung diém G ciia mdi doan. Piém G d6 goi 14 trong tAim
cua tir dién.

5. Mot mit phang duoc xac dinh néu né di qua hai duong thang song
song.

3. Dinh li 3. Hai duong thang phan biét ciing song song véi duong )k‘
<4

B. BAI TAP

an dé 1. Tim giaq tuyén hai mat phing ) . i
Phwong phdp: Néu hai mat phang (@) va (f) cé diém chung 1a S va lan luot chira hai duong thang
song song d va d’ thi giao tuyén cia (a) va (fB) 1a duong thang A qua S va song song vé6i d va d’.
SO(@)n (B)
Nghiala: d O(a),d'0(B) = @) n(B)=A(SOAA//d]]d")
dlld'
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Bai 2.1. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Tim giao tuyén ctia
(SAD) va (SBC); (SAB) va (SCD); (SAC) va (SBD).

HD »Gidi
SO(SAC
a) Ta co: ( ) = SUO(SAC) n (SBD)
SU(SBD)
OU(SAC
. ( ) = O0U(SAC) n (SBD)
Goi O=ACnBD. 00O(SBD)
= SO =(SAC) n (SBD)
SU(SAB
b) Ta c6: ( ) = SU(SAB) n (SCD)
SO(SCD)
AB O (SAB) (A qua b: va song song voi AB, ,CD,
L c) Lap luén tuong tu cau b) ta c6
AB//CD
Bai 2.2. Cho tir dién ABCD. Trén céc canh AB va AC lan luot Iy cic diém M va N sao
AM AN . ,
cho —— =—— . Tim giao tuyén hai méit phang (DBC) va (DMN).
A8 AC g y at phang (DBC) va ( )
HD »Gidi
MUAB
Ta cé: }:> MN 1 (ABC)

Trong tam giac ABC ta cé: AM _ AN = MN//BC
AB AC

Ta lai c6: DO(DBC) n (DMN)

BC O (DBC)

MN 0O (DMN) ' = (DBC) n (DMN) = Dx//BC /| MN
BC//MN

Bai 2.3. Cho t&r dién ABCD. Cho I, J tvong tng 13 trung diém ctia BC va AC, M 1a mot diém trén canh
AD sao cho khdng tring véi trung diém cta AD.

a) Tim giao tuyén d cta hai mat phang (M1J) va (ABD)

b) Goi K 1 giao diém ctia hai duong thang CD va JM. Tim giao tuyén cta hai mit phang (ABK) va
(MD).

HD ».Gidi
. MOML)
a) Ta co: = MUOMIJ)n (ABD)
MUAD [J(ABD)
1J//AB
Tacilingcé < IJ OMIJ) = MIJ)n (ABD)=Mt//1J//AB
AB O (ABD)
1J//AB
. KO(ABK) .
b) Ta cd K OUM O (ML = KOMIJ)n (ABK) va < 1IJ O(MIJ)
( ) AB [ (ABK)

— (MIJ)n (ABK)=Kx//1]//AB

Bai 2.4. Cho tir di¢én ABCD. Goi M, N, P, Q,Rva S lan luot 12 trung diém cia AB, CD, BC, AD, AC va
BD. Chimg minh rang tir gidc MPNQ la hinh binh hanh. Tir d6 suy ra ba doan thang MN, PQ va RS cat
nhau tai trung diém mdi doan, trung diém d6 goi 14 trong tam cua tr dién.
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HD x=Gidi

Trong tam giac ABC ta c6: MP//AC va MP = A—2C

Trong tam giac ACD ta c6: QN//AC va ON = %

MP//QN
Tur d6 suy ra: Q => Tu gidc MPNQ la hinh binh hanh.
MP =QON
Do vy hai dudng chéo MN va PQ cit nhau tai trung diém G
cua moi duong

AB
Tuong tu: PR/QS va PR=0QS :7
Do d6 tir giac PRQS 12 hinh binh hanh. Suy ra hai duong chéo Y2y ba doan thang MN, PQ, RS

cat nhau tai trung diém G cua PQ va OR = OS C?ttnhgl tai trung diém moi doan
va tai G.

Bai 2.5. Cho trdién ABCD cO I, J lan luot 13 trong tAm ciia tam gidgc ABC va ABD.
Chung minh rang : 1J // CD.

HD x»Gidi
Goi K 1a trung diém cia AB
Vil la trong tAm cia tam gidc ABC nén
IOKC vavi]latrong tam tam giac
ABD nén I UKD
KI _KJ _1

Tudésuyra: —=——=—=1J//CD
KC KD 3

Bai 2.6. Cho hinh chép S.ABCD day ABCD I hinh binh hanh. Trén doan SA 1iy diém M sao cho 2SM =
MA, trén doan SB léy diém N sao cho 2SN = NB.

a) Tim giao tuyén ctia hai mit phiang (SAC) va (SBD); (SAD) va (SBC)

b) Chiing minh ring: MN//CD

¢) Piém P nam trén canh SC khong tring véi S, C. Tim giao tuyén hai mp (MNP) va (SCD)

HD xGidi
a) Ta c6: (SAC) n (SBD) = SO

SO(SAD

g. 5 JEADI| SO(SAD) n (SBC)

SO(SBC)
Mat khac, ta co:
AD O (SAD)
BC O (SBC) } = (SAD)n (SBC)=Sx//AD//BC
AD//BC
b) Tir gia thiét ta co: SM_SN _ L MN1/AB va ABCD 1a B C

MA NB 2

hinh binh hanh. Suy ra MN//AB//CD.
9)

PU(MNP),P(SCD)

MN U (MNP)

CD [0 (SCD)

MN//CD

= (MNP) 1 (SCD) = Py//MN //CD
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an dé 2. Tim thiét dién cuia hinh chép khi cit béi mot mat phing
Phwo’ng phdp: Ta tim giao tuyén ctia mit phang do v6i cdc mit bén cia hinh chép. Poan nbi giira
cac giao tuyén cho ta mot hinh. Hinh d6 1a thiét dién can tim.

Bai 2.7. Cho hinh chép S.ABCD ¢6 ddy ABCD 1a hinh binh hanh.
a) Hay xég dinh giao tuyén cta cac mét phéang (SAB) va (SCD); (SBC) va (SAD)
b) M 1a diém thudc canh SC, tim thi€t dién cta hinh chép véi mp(ABM). Thiét dién 1a hinh gi?

HD »Gidi
a)i). (SAB)n (SCD) ="
Tacoé SU(SAB)n (SCD); AB L1 (SAB); CD U (SCD),AB//CD
Nén (SAB)n (SCD)=S8x//AB//CD
ii) (SBC) n (SAD)="?
Ta co
SUO(SBC)n (SAD);BC U (SBC);AD 1 (SAD),
BC//AD .Nén (SBC)n (SAD)=Sy//BC//AD

b) Ta cé:

(ABM) n (ABCD) = AB; (ABM) n (SBC) = BM ;(ABM) n (SDC) = MN / /AB//DC,N OSD
(ABM) n (SAD) = AN .

Vay thiét dién can tim 12 tr gidc ABMN. R6 rang: ABMN 1a hinh thang vi MN // AB.

Bai 2.8. Cho tir dién ABCD. Goi I, J 1an luot 14 trung diém ctiia BC va BD; E 1a mot diém thudc canh AD
khéc v6i A va D

a) Xac dinh thiét dién cta hinh t dién khi cit boi mp(IJE)

b) Tim vi tri cta diém E trén AD sao cho thiét dién 13 hinh binh hanh

¢) Tim diéu kién cta t&r dién va vi tri diém E trén canh AD dé thiét dién 13 hinh thoi

HD xGidi
a) Ta c6 1J 1a duong trung binh trong tam gidc BCD nén 1J //CD
Mat khic 1J O (IJE);CD O (ACD). Suy ra:
(EIJ)n (ACD)=Ex//1J//CD.Goi F = Exn AC
Thiét dién 1 hinh thang EFIJ
b) Dé thiét dién EFIJ 12 hinh binh hanh diéu kién can va da 1a IF /
JE. Diéu nay tuong voi JE //AB, tic 1a khi va chi khi E la trung
diém cua AD.
¢) Thiét dién EFIJ 12 hinh thoi khi va chi khi EFIJ 14 hinh binh hanh
va IF = IJ khi va chi khi E 13 trung diém ctia AD va AB = CD (vi

= %CD va khi E 14 trung diém ctia AD thi IF = %AB )

an dé 3. Chirng minh hai dwong thing song song

Phwong phdp:
1. Chung minh ching ciing thugc mot mét phéng va diing phuong phép chtrng minh hai duong thing
song song trong hinh hoc phang( nhu tinh chat dudng trung binh ctia tam gi4c, dinh 1 Talét dao, tinh chat
song song cuia hai duong thang cliing vudng géc véi duong thang th ba, ...)
2. Chimg minh chting cling song song v&i dudng thing thir ba.
3. Diing tinh chat: Hai mat phang phan biét 1an luot chita hai dudng thang song song thi giao tuyén cta

all(a)

b(B)
allb

(@nP)=c

ching(néu c6) ciing song song véi hai duong thang y. Tirc 1a: =cllallb
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any=a
5 . . 11bl1
4. Dung dinh 1y v€ giao tuyén cua ba mat phang: < Sn y=b = a N ¢
anpB=c a,b dong quy

Bai 2.9. Cho hinh chép S.ABCD c6 day 1a mét tir giac 16i. Goi M va N 1an luot 12 trong tim cua tam giac
SAB va SAD; E la trung diém ctia CB.

a) Ching minh rang: MN // BD

b) Xac dinh thiét dién hinh chép S.ABCD cit boi mp(MNE)

¢) H va L lan luot 1a giao diém coa mp(MNE) véi cac canh SB va SD. Chtrng minh rﬁng: LH //BD

HD =Gidi
a) Goi M’, N’ 1am luot 12 trung diém ctia AB va AD. D@ thay: MNTIM'N } = MN //BD
M'N'l/BD
b)Ta cé:
MN 0O (MNE)
BD O (ABCD)} = (MNE) n (ABCD) = Ex//MN / /BD
MN //BD

Vay tu E ke duong thang song song voi BD lén
luot cat CD, AB tai F'VE\J. L N(f)i IM Ian luot cejt
SB va SA tai H, K; noi KN cat SD tai L. Thiét
dién can tim la ngii gidc KLFEH

c)Ta cé:

MN U (MNE)
BD U (SBD)
MN //BD

(MNE) n (SBD)=LH

= LH//BD

Bai 2.11. Cho tir dién ABCD. C6 céc diém P, Q l1an Iuot 1a trung diém cua AB, CD; diém R nam trén
canh BC sao cho BR = 2RC. Goi S 1a giao diém cia mp(PQR) va canh AD. Chirng minh rang AS = 2SD.

7 HD xGidi
Goi I =RQ n BD, E la trung diém cta BR. Khi 46 EB = ER =
RC va RQ //ED.

Tam giac BRI c6 ED // RQ, suy ra 5D _BE_ 1

DI ER
Vay DB = DI Do d6 AD va IP 1 hai duong trung tuyén cta
tam gidc ABI. Suy ra giao diém S ctia AD va IP 12 trong tim
cua tam gidc ABI va ta cd AS =2DS

10
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§3. PUONG THANG SONG SONG VOI MAT PHANG
A. KIEN THUC CAN NAM

I. Vi tri twong d6i ctia dudong thing va mit phang
Gitta duong thang d va mat phang (@) ta c6 ba vi tri tuong doi nhu sau:

1.d va (@) céit nhau tai A, ki higu a n (P) ={ A}

d cit mp(a) tai M

2. d song song v&i(a), ki hiéu d Il (a) hodac (a)lld. Nhu vay: Mot d
duong thang va mot mat phang goi 1a song song véi nhau néu
ching khong c6 diém chung.

d// (o)

3. anam trong (P), ki hiéu d O (a) / n

I1. Dinh i va tinh chit

1. Pinh Ii 1. Néu dudng thang a khéng nam trong mat phang (P) 3

va a song song voi duong thang d nam trong thia song song véi | A\ .\
dO(a) N

(P); nghiala: dlld’ =dll(a) /
d'0O(a)

2. Pinh 1i 2. Cho duong thang a song song v&i mat phang (P) . Néu -

mat phang (Q)chua a va cat (P) theo giao tuyén d thidsongsong |  \__________\
al//(a) b

voi a; nghiala () O a =blla A
B n(@)=b

Hé qua 1. Néu mot dudng thang song song v&i mOt mét phang thi
n6 song song vi mot dudng thang nio d6 trong mit phang.

H¢ qua2. Néu hai mat phang phan biét cing song song v6i mot
duong thang thi giao tuyén ciia chiing (néu c6) cling song song voi

(a)//d
duong thang d6; nghia 1a (8)//d =d'lld
@a)n(P=d

3. Dinh li 3. Cho hai duong thang chéo nhau. C6 duy nhat mot mat
phang chtra duong thang nay va song song vdi duong thang kia.

N e
!a £

11
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B. BAI TAP

an dé 1. Chimg minh dwong thing song song vi mat phing i
Phwong phdp: B¢ chiing minh dudng thang d song song véi mat phang (a) ta chiing minh d khong
dU(a)
nam trong (&) va song song v6i dudng thing a chira trong (a). Tac 1a {a 0 (a) = d / /(@)
dlla

Bai 3.1. Cho tir dién ABCD. G la trong tdm cua tam giac ABD. Trén doan BC lay diém M sao cho MB =
2MC. Chung minh rang MG // (ACD).

i HD xGidi
Goi I trung diém cua AD.
Trong tam giac CBI ta c6, M = BG = 2 .Nén MG // CI
BC Bl 3

. . !
Ma CI nam trong mat phang (ACD)
Suy ra MG // (ACD). D
) ‘
B

Bai 3.2. Cho tir dién’ABCD. Goi M,q N lan luot 1a trung diém cua cac canh AB va AC.
a) Xét vi trf trong doi cuia duong thang MN va mp(BCD) '
b) Goi d 1a giao tuyén ctia hai mat phang (DMN) va (DBC). Xét vi tri tuong doi cia d va mp(ABC)

HD xGidi
a) MN la dudng trung binh cua tam gidc ABC nén MN // BC.
Suy ra MN // (BCD)
b) Vi MN // (BCD) nén (DMN) di qua MN cit (BCD) theo
giao tuyén d // MN. Do d6 d // (ABC).

Bai 33 Cho tir dién ABCD. Goi G, va qulﬁn lugt 1a trong tam cua cac tam gidc ACD va BCD. Chung
minh rang G;G, song song vdi cadc mat phang (ABC) va (ABD)

i HD xGidi
Goi I 1a trung diém CD
Vi G; la trong tdm cua tam gidc ACD nén G, 0 Al

Vi G; 1a trong tdm cua tam giac BCD nén G, Bl

G, 1
A 3| _IG _IG

Taco: 14 31=0="20 GG rrAB
G, 1| 14 B
B3

AB U (ABC)= GG,/ [(ABC)
Va AB [0 (ABD)= GG,/ /(ABD)

Bai 3.4. Cho tir hinh chép S.ABCD c¢6 ddy ABCD Ia hinh binh hanh ABCD. Goi G la trong tam tam gidc
SAB va I 12 trung diém ctia AB. Ly diém M trén doan AD sao cho AD = 3AM.

a) Tim giao tuyén cua hai mat phéng (SAD) va (SBC)

b) Puong thiang qua M va song song v&i AB cit CI tai N. CMR: NG // (SCD)

¢) Chung minh rang MG // (SCD).

HD xGidi

12
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a) D@ thay S 1a diém chung ctia hai mit phang IG 1
(SAD) va (ABC) 7S 3
AD 0 (SAD) Taco: 1y 1| MK
. BCU(SBC) IK 3
® AD//BC = GM / /(SCD)

= (SAD)n (SBC)=S8x//AD//BC
b) Tacé: MN // 1A //CD

AM _IN _1 IG _ 1
—=—=—;ma — =—( Glatrong tAm
AD IC 3 IS 3
cua tam giac SAB)
Nén = — IG_N_1 =GN//SC
s I1c 3

Ma SC 0 (SCD)=> GN / [(SCD)
¢) Goi K =IM n CD = SK 0(SCD)
MN _IN _1__IM _1

Ma MN//CD = =T—=—=—=—.
CK IC 3 IK 3

Bai 3.5. Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang, day 16n AD va AD = 2BC. Goi O la giao
diém ctia AC va BD, G 1a trong tdm ciia tam gidc SCD.

a) Ching minh ring OG // (SBC)

¢) Cho M Ia trung diém ctia SD. Chting minh rang CM // (SAB)

d) Gia st I nam trén doan SC sao cho SC = %SI . Chttng minh réng SA // (BID).

HD = Gidi
. DG _2
a) Goi H 1a trung diém cua SC, ta c6: b6 =—() N
DH 3
BC/iap= 92 =0A_AD _,_ op-= 203:0—D_3() S NN M
0B 0C BC BD
Tu(l)va(2):E—@—z(l):OG//BH Ma >
DH  BD A=y D
BH [0 (SBC) = OG/ /(SBC) N IN
MM'/1AD Y SOBe s N
b) Goi M’ 14 trung diém cta SA = 1. B C
MM'=—AD
2 . 0oCc_1 . oC_1
| c)Tac6: —=—nén — =—.
Mt khac vi BC // AD va BC =~ AD (gt) v BC = MM’. Nén OA 2 (A 3
2 Mat khic vi SC =81 «_1
tir gilc BCMM’ 1a hinh binh hanh atkhdc vi SC=—51 nén -~ ==
Suy ra CM //BM’, ma BM' [ (SAB) = CM / /(SAB) c1 _oc
=g = O0I//SA va

Ol L (BID)= SA/ /(BID)

Bai 3.6. Cho hinh chép S.ABCD c6 day ABCD 14 hinh binh hanh. Goi M, N 1an Iuot 1a trung diém cua
AB va CD.

a) Ching minh ring MN song song vdi cic mit phang (SBC) va (SAD).

b) Goi P 1a trung diém cua SA. Chiing minh rang SB va SC déu song song voi mp (MNP)

HD x=Gidi

13
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a) Chung minh MN //(SBC):

MN//BC
Ta c6 { = MN //(SBC)

" |BC O(SBC)
Chung minh MN // (SAD):
. |MN//AD
Ta c6:
AD [(SAD)
b) Chting minh SB // (MNP):
. |SB/IMP
Ta c6:
MP O (MNP)
Chung minh S // (MNP):
Goi Q=AC n MN . Khi d6 Q 1a trung diém ctia AC.
Do d6: SC // PQ (T/c dudng trung binh trong tam giac SAC)
ma PQ [0 (MNP). Vay SC // (MNP)

= MN //(SAD)

— SB//(MNP)

Bai 3.7. Cho tir dién ABCD. Goi M, N lan luot 1a trong tim ciia tam giac ABD va BCD.
a) Chtirng minh rang: MN // (ACD) va MN // (ABC)

b) Xéc dinh giao tuyén ciia (DMN) va (ABC). Chiing minh giao tuyén nay song song véi MN. Tinh A;I—jv

i HD ».Gidi
a) Goi K 1a trung di€m cua BD. Vi M, N 1a trong ) 1
tam ctia cdc tam gidc ABD va BCD nén A, M, K Taco IV = 5AC§
thang hang va C, N, K thang hang, trc 1a AM cat
CNtai K ﬂ:@:l:MN:lAC'TﬁdéM:%
Ta co: 3 IJ 3
KM _1 KN _1 KM _KN

N N
KA 3'KC 3 KA KC

_MN//AC

" AC O (ACD)
MN//AC
AC O (ABC)
b) Trong mp (ABD): DM cit AB tai I; trong
mp(BCD): DN cat BC tai J. Khi @6 I, J 1a hai
diém chung ctia hai (DMN) va (ABC). Suy ra
(DMN)n (ABC)=1J

L, J 14n luot 1a trung diém ctia AB va BC nén IJ
la duong trung binh trong tam giac ABC

T do } = MN//(ACD) va

}3MN//(ABC)

=1J//AC;1] =%AC . Ma MN // AC (céu a)
nén MN // 1J.

an dé 2. Dung thiét dién song song véi mot dwong thﬁpg ) q )
Phwong phdp: Cho duong thang d song song vdi mat phang (@) . Néu mat phang () chtra d va cat
dll(a)
(a) theo giao tuyén d’ thi d” song song v&i d . Nghia 1a: () 0d =d//d'
Byn(a)=d'

Thiét dién cat boi mot mat phang chira mot duong thang song song véi mot dudng thang cho trude duoc
xac dinh bang cach phoi hop hai cich xac dinh giao tuyén da biet.

Bai 3.9. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh ABCD, O la giao diém ctia AC va BD, M la
trung diém cua SA. Tim thiét di¢n cua mdt phang (a) véi hinh chép S.ABCD néu (a) qua M va dong

14
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| thoi song song véi SC va AD.

HD xGidi
Vi (@) song song voi AD nén (o) cit hai mat phéng (SAD) va
(ABCD) theo hai giao tuyén song song v6i AD.
Tuong tu (&) song song v6i SC nén (&) cat hai mat phang
(SAC) va (SCD) theo hai giao tuyén song song v&i SC.
Goi O = AC n BD, ta c6 SC//OM( dudng trung binh trong tam
giac SAC)
Qua O ké duong thing song song voi AD, cit AB va CD tai Q
va P. Qua M, ké duong thang song song voi AD cit SD tai N.
Theo nhan xét trén, ta c6 MN // PQ // SC
Vay thiét dién 1 hinh thang MNPQ

Bai 3.10. Cho tr dién ABCD. Trén AB ldy diém M. Cho (a)1a mit phang qua M, song song v6i hai
duong thang AC va BD.

a) Tim giao tuyén cta (@) voi cdc mait cua tr dién

b) Thiét dién cua tir dién cit boi mat phing (a) 1a hinh gi?

HD »Gidi
a) Giao tuyén cua (@) voi cac mat cua tir dién la
céc canh cua tir giac MNPQ ¢6:
MN // PQ //AC va MQ // NP // BD
b) Thiét dién tao boi mat phang (@) véi tir dién 1a
hinh binh hanh MNPQ

Bai 3.11. Cho hinh chép S.ABCD c¢6 diy ABCD la mét tir gidc 16i. Goi O 1a giao diém cua hai dudong
chéo AC va BD. Xac dinh thiet di€n cua hinh choép cat bdi mat phang (a) di qua O, song song vdi AB va
SC. Thiét dién d6 14 hinh gi?

HD xGiii
(@)//AB

Ta c6: AB O (ABCD) — MN//AB
(@) n (ABCD) = MN

(@)/1SC

SC [0 (SBC) — MQ//SC

(@) n (SBC) = MO

(a)/1AB

SC O (SAB) = PQ//AB

(@) N (SAB) = PQ
Vay MN // PQ. Do d6 t& gisc MNPQ 12 hinh thang

Bai 3.12. Cho hinh ch6p S.ABCD c6 ddy 1a hinh binh hanh. Xac dinh thiét dién ctia hinh chép khi cit boi
madt phang di qua trung di€ém M cua canh AB, song song véi BD va SA.

HD xGidi
Qua M v& duong thiang song song v6i BD cit AD tai N va cit AC tai I. Qua M, I, N v& cdc dudng thing
song song v&i SA lan luot cat SB, SC, SD tai R, Q, P.
Thiét dién 1a ngii giAc MNPQR.

15
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Bai 3.13. Cho hinh chép S.ABCD c¢6 ddy ABCD 12 hinh binh hanh. M 12 mét diém di dong trén doan AB.
Mot mit phiang (a) di qua M va song song voi SA va BC; (a) cat SB, SC va CD tai N, P, Q

a) Tr gidc MNPQ 1a hinh gi?

b) Goi I 1a giao diém ctia MN va PQ. Chirmg minh rang I ndm trén mot dudng thang c¢d dinh.

HD »=Gidi ) )

(a)!/AB R (SAB) va (SCD) ¢6 dinh nén Sx c6 dinh.
SA O (SAB) nen D6 @6 I thudc duong thang Sx co dinh.
(a)n (SAB)=MN va MN // AB.
Tuong tu (a) n (SBC)=NP va NP // BC;
(a)n (SCD)=PQ; (a)n (ABCD)=MQ vaMQ
// BC. Tur d6 suy ra, tor giAc ABCD 1a hinh thang.

SO(SAB) n (SCD)
b) Tacd {AB U (SAB),CD U (SCD)

AB//CD
= (SAB)n (SCD)=Sx vaSx // AB// CD
IOMN [ (SAB)
I0PQ (SCD)
= IU(SAB)n (SCD)= 1USx

a) Vi M O(SAB) va {

MNnPQ:I:{
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§4. HAI MAT PHANG SONG SONG

A. KIEN THUC CAN NAM

Dinh nghia: Hai mat phang () va () dugc goi 1a song
song véi nhau néu ching khong ¢ diém chung. Ki hiéu:
(a)/ I(B) hoac(pB)//(a). Nhu vay

@)/ (B = @)n(B)=0

L
L/

II

I1. Tinh chét.

Dinh i 1. Néu mit phiang (@) chira hai dudng thang cat
nhau a, b va a, b cling song véi mit phang () thi (@) song
al(a),bU(a)
song voi (fF);nghiala anb=M = (a)/ I(p)
al l(B),b11(B)

M b
a

£
i

Hé qua: Néu mat phang () chira hai duong thang cat
nhau a va b, mit phang () chira hai duong thang cit nhau
a'va b' dong thoia // a', b // b’ thi mit phing (a) song song
v6i mat phang ().

Dinh i 2. Qua mét diém nam ngoai mét mit phing cho
trudc c6 mot va chi mot mat phang song song véi mat
phang da cho.

Hé qua 1. Néu duong thang d song song voi mit phing
(a) thitrong (@) c6 mot duong thang song song voi d va
qua d c6 duy nhat mot miat phing (B) song song véi ().

H¢ qua 2. Hai mat phang phén biét cung song song vo1 mat
phang thlr ba thi song song v&i nhau.

Hé qua 3. Cho diém A khong nam trén mit phang (a) .
Moi duong thing di qua A va song song v6i (a) déu nim
trong mit phang di qua A va song song vdi ().

Dinh Ii 3. Cho hai mat phang song. Néu mot mat phang cat
mit phang nay thi cling cit mat phang kia va hai giao tuyén
song song v&i nhau.

Hé qua: Hai miat phing song song chan trén hai cit tuyén
song song nhitng doan thang bang nhau.

17
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4

DPinh 1i 4(Pinh 1 Ta—let) Ba mat phang d61 mot song song
chén trén hai cat tuyen bat ki nhitng doan thang tuong ung

AB _ AC _ BC
A'B' A'C' B'C'

/|
< /H\

ti 1¢.

Dinh 1i Ta-1ét ddo.
Gia st trén hai duong thing chéo nhau lan luot lay céc
diém A, B, C va A’, B’, C’ sao cho AB = BC = CA

AB' B'C' CA
Khi d6 AA’, BB’, CC’ 1an lugt ndm trén ba mit phang
song song, tuc la chiing cling song song v&i mdt mat
phang.

III. Hinh lang tru va hinh chép cut

1. Hinh lang tru

Hinh lang tru 1a mot hinh da dién c6 hai mat nam trong hai mit phang song song (goi 13 hai day) va tat ca
cac canh khong thugc hai day déu song song v6i nhau (goi la canh bén)

- Hai day cua hinh lang tru 1a cac da giac bang nhau

- Cac mat khac hai day goi 1a mat bén: M&i mat bén 1a mét hinh binh hanh

- C4c mat tao béi hai canh bén khong lién tiép 20i 12 mit chéo: Mdi mit chéo 1a mot hinh binh hanh
- Duong chéo cua cac mat chéo 1a duong chéo cia hinh lang truy

- Tuy theo day, ta goi hinh lang tru tam gidc, hinh lang try t&r gidc, hinh ldng tru luc giac, . . .

Lang tru t«r giac

Lang tru ngu giac

2. Hinh hop
Hinh hdp 1a hinh lang tru ¢6 day la hinh binh hanh.
- 6 mat cua hinh hop chit nhat déu 12 hinh binh hanh
- Céc duong chéo cta hinh binh hanh dong qui tai mot diém 1a trung diém cia mdi duong chéo
(diém d6 goi 1a tAm cta hinh hop)
- Hinh hop c6 tat ca cdc mit bén va cdc mit day déu 12 hinh chit nhat goi 1a hinh hop chit nhat
- Hinh hop c6 tat ca cdc mat bén va cac mat day déu 13 hinh vuong goi la hinh lap phuong

D' —~
: \\\ ////
A i : \\ /’/
i~
PR DRt S
/]%—/ ______ _\:______::: C
A - B
3. Hinh chép cut
Cho hinh ch6p S.AiAs...Ay. MOt mat phang lan lugt tai A, A),..., A’ . Hinh toa béi thiét
khong qua dinh, song song v6i mat phang day e R
cua hinh chép cat cic canh SA;, SA,, .. ., SA, di¢n AA,...A vaddy AA,..A cuahinh
18
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chop cuing céc tir giac
AAAALAAAA,. .., AAAA, duge goila

| e

hinh chop cut, ki hiéu A A,...A AA,. A

Hinh chép cut c6:

- Hai day la hai da giac c6 canh tuong ung
song dong va ti s6 cdc canh twong ng
bang nhau

- Cac mat bén la nhitng hinh thang

- Cac duong thang chia cac canh bén dong
qui tai mat diém.

B. BAI TAP

an dé 1. Chirmg minh hai mit phing song song
Phwong phdp: ) 7 i )
1. Van dung dinh li 1: Néu mat phing (@) chtra hai duong thang cat nhau a, b va a, b cing song v&i mat

al(a),bU(a)
phang () thi (a)song song véi (B):anb=M = @)/ /(P
al (B),b! ()
2. Ta chting minh hai mat phang (@) va () cling song song v&i mit phang thir ba ())

Bai 4.1. Cho tu diénvABCD. Goi Gy, Gy, G3 lan Iuot 1a trong tAm cua cac tam giac ABC, ACD, ABD.
Chung minh mat phang (G;G,G3) song song vdi mat phang (BCD).

‘ i HD »Gidi
Goi M, N, P lan luot 14 trung diém cua BC, CD, DB. Tacé:  Nhu vay
MOAG v AG _2 GG, 0(GG,G))
AM 3 GG, U(GG,G))
AG
NDAG, va S22 = % GG, n GG, =G = (GG,G,)/ (BCD)
AG. 2 GG,/ /(BCD)
POAG, va ——> =2 GG,/ (BCD)
AG, AG
Do d6 L=——2=GG,/IMN
AM AN
Vi MN nam trong (BCD) nén GG, / /(BCD)

AG, _ AG,
= =G,G,/IMP
M AP

Vi MP nam trong (BCD) nén GG,/ /(BCD).

Bai 4.2. Cho hai hinh vudng ABCD va ABEF ¢ trong hai mat phang phan biét. Trén cac duong chéo AC
va BF lan luot lay cac diém M va N sao cho AM = BN. Cic duong thang song song v&i AB vé tt M va N
1an luot cit AD va AF tai M’ va N’. Chung minh:

a) (ADF) // (BCE)

b) M’N’ // DF

c) (DEF) // (MM’N’N) va MN // (DEF).

HD xGidi
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a) Ta co: ¢) Tu ching minh trén suy ra: DF // (MM’N’N)
AD//BC '//AB 'l EF
— AD/ /(BCE) NN'l/AB= NN'//
BC U (BCE) NN'O(MM'N'N)
AF//BE AF/ KBCE = EF//(MM'N'N)
BEO(BCE)| (BCE) Ma DF, EF chira trong (MM'N’N)
N Nén (DEF) // (MM’N’N)
ma AD,AF U (ADF) Vi MN chia trong (MM'N'N) vi
Nén \(ADF) / (}SCE) o A A ) (DEF)//(MM’N'N)
b) Vi ABCD va ABEF la cdc hinh vuéng nén AC =BF. a1 MIN // (DEF)
Tacé: MM'//CD = ﬂ—ﬂ( 1)
AD
NN'//AB = ﬂ—ﬂ( 2)
AF
AM' _AN'
Tu (1) va (2): ———N M'N'/|DF
AD AF

Bai 4.3. Cho hinh lang try tam gidc ABC.A’B’C’. Goi H 1a trung diém ciia A’B’.
a) Chtrng minh l:éng: CB’ // (AHC)
b) Tim giao tuyén d cua (AB’C’) va (ABC).

HD xGidi
a) Ta c6 tr gidc AA’C’C 1a hinh binh hanh suy ra
A’C cit AC’ tai trung diém I cia mdi duong.
Do d6 IH // CB’(dudng trung binh cua tam giac
CB’A’)
Ma IH chura trong (AHC’) nén CB’ // (AHC’)
AU(AB'
b) Ta (AB'C")
AU(ABC)
= AU(AB'C")n (ABC)
B'C'//BC
Ma <B'C'U(AB'C")
BC U (ABC)
Nén (AB'C")n (ABC)=Ax//BC//B'C'

Bai 4.4. Cho hinh lang try tam giac ABC.A’B’C’. Goi M, M’ lan luot 1a trung diém cua cac canh BC va
B'C’

a) Ching minh rang AM song song voi A’M’ 7

b) Tim giao diém cua mét phang (AB’C’) voi duong thang A’M

¢) Tim giao tuyen d cua hai mat phang (AB’C’) va (BA'C’)

d) Tim giao diém G ciia duong thang d véi mat phang (AM’M). Chitng minh G 1a trong tim clia tam gi4c
AB’C’.

HD ».Gidi
a) MM’ //BB’ va MM’ =BB’ =>MM’ // AB va I0AM 'O (AB'C')
MM’ = AB(hinh lang try) [OA'M =I1=A'Mn(AB'C"c¢)
Suy ra tor giAc AA’M’M la hinh binh hanh => AM
I AM’ C'U(AB'C) . o .
b) Goi I=A'M n AM' {C.D(BA.C.)3C U(AB'C)n(BA'C')
Ta co:
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AB'nA'B=0 o
OU(AB'C’
= ( ):>0D(AB’C')0(BA'C’)
OUO(BA'C"

—d=C'O=(AB'C")n (BA'C"

O(AB'C'

d) dH(AB'CY) dnAM'=G
AM'UO(AB'C")

= GUd =>GUAM'M)
GUOAM'

Taco OC'n AM'=G
Ma OC’, AM’ 1a trung tuyén tam giac AB’C’
Vay G la trong tdm cua tam gidc AB’C’

HINH HOC 11
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§5. PHEP CHIEU SONG SONG

, A. KIEN THUC CAN NAM
1. Phép chiéu song song
- Cho mit phang (@) va duong thang A cat (a). Véi mdi diém M trong khong gian, dudng thang qua

M va song song hoic tring véi A cit (a) tai diém M’ x4c dinh.
- Piém M’ goi 1a hinh chiéu song song ctia diém M trén mit phang (@) theo phuong A.
- Mit phing (a) duoc goi 1a mit phing chiéu, phuong ciia duong thing A dugc goi 1a phuong chiéu.
- Phép dit tuong (mg mdi diém M trong khdng gian véi hinh chiéu M' clia né trén mit phang (a) dugc
goi 12 phép chiéu song song 1én (&) theo phuong A

Jawm”
\

2. Céc tinh chit ctia phép chiéu song song (véi dudng thang va doan thang khong song song hoic triing

v6i phuong chiéu)

- Phép chiéu song song bién ba diém thang hang thanh ba diém thang hang va khong 1am thay doi thir
tu ba diém do;

- Phép chiéu song song bién dudng thang thanh dudng thang, bién tia thanh tia, bién doan thang thanh
doan théng;

- Phép chiéu song song bién hai duong thang song song thanh hai duong thang song song hoic tring
nhau;

- Phép chiéu song song khong lam thay doi ti s6 d6 dai cua hai doan thang ndm trén hai duong thang
song song hodc cung nam trén mét duong thang.

3. Hinh biéu dién ciia mét s6 hinh khong gian trén mat phing

- Mot tam gidc bat ki bao gio ciing c6 thé 12 hinh biéu dién cia mdt tam gidc tuy ¥ cho trudc ( c6
thé 1a tam gidc déu, tam giic can, tam giac vuodng, . . .);

- Mot hinh binh hanh bét ki bao gio ciing c6 thé coi 1a hinh biéu dién ctia mot hinh binh hanh tuy y
cho trudc ( ¢6 thé 1a hinh binh hanh, hinh vuong, hinh cht nhat, hinh thoi, . . .).

- Mot hinh thang bat ki bao gi¢ ciing c6 thé coi 1a hinh biéu dién cia mot hinh thang tuy y cho
trude, mién 13 ti s6 d6 dai hai ddy cua hinh biéu dién phai bang ti s6 do dai hai ddy cta hinh da
cho.

- Nguoi ta thuong ding hinh elip dé biéu dién hinh tron.

B. BAI TAP

Bai 5.1. Tam gidc ABC c6 hinh chiéu song song 14 tam gidc A'B'C'. Chiing minh rang trong tim ctia tam
giac ABC c6 hinh chiéu song song la trong tdm ctia tam giac A'B'C'.

HD xGidi
Goi G la trong tdm cua tam giac ABC G'la hinh chiéu song song ciia A
n6. Goi M la trung diém cua BC thi A, G, M thang hang.
Goi M' 1a hinh chiéu ctia M. Khi d6 theo tinh chat ctia phép chiéu
NG _AG 2
A'M' AM 3

song song ta c6:A', G' M' thang hang va

B'M' _BM _2
M'c' MC 3
Tu (1) va (2) suy ra G' 1a trong tdm cua tam giac A'B'C'. A

M, C' thang hang va
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Bai 5.2.
a) V& hinh biéu dién cua mot t&r dién va trong tAm cua nd.
b) V& hinh biéu dién cuia tam giac vudng ndt tiép trong duong tron.

HD xGidi
a) V& hinh biéu dién cua tir dién ABCD. Lay M, N 1an luot 14 trung N
diém ciia AB va CD thi trung diém G cua MN s& biéu dién cho trong
tdm cua tir dién.

g

b) V& elip tim O 14 hinh biéu dién ctia dudng tron d cho. Liy hai
diém A va B 1a hai diém trén elip sao cho B, C, O thang hang va mot
diém A thudc elip sao cho A khac véi B va C. Khi d6, tam gidc ABC
12 hinh biéu dién ctia mot tim gidc vudng ndi tiép trong mot duong
tron.

AB

C

Bai 5.3. Cho tam gidc ABC. Hay chon mat phang chiéu (@) va phuong chiéu cua tam gidc ABC trén (a)
la:
a) Mot tam gidc can b) Mot tam giac déu ¢) Mot tam gidc vudng

HD xGidi
a) Qua BC dyng mét mat phéng (a) khong di qua
A. Trong mét (@) ta dung tam gidc can BCA;(BA;
= CA)). Khi d6, phép chiéu song song 1én (a)
theo phuong chiéu A= AA; bién tam gidc ABC
thanh tam giic can A;BC.

b) Trong (&) & cau a), ta dung tam gidc BCA; va c,/;:: e A
¢) Chon phuong chiéu A = AA,. Trong mit phing BT
() caua), ta dung tam gidc vuong BCA; B

(ﬁ&}\C) =90° va chon phuong A = AA;.

Bai 5.4.
a) V& hinh biéu dién cia mot hinh vudng noi tiép trong mot duong tron.
b) V¢ hinh biéu dién ciia mét luc giac deu.

HD x»Gidi
a) V& tam gidc tam gidc vudng ndi tiép trong mot duong tron . Qua O
ta ké hai diy ME va NF cua elip 1an luot song song véi AC va AB. Khi
d6, tir gisc MNEF 12 hinh biéu dién ctia mot hinh vudng ndi tiép trong
mot duong tron.

b) Xét hinh lyc gidc déu ABCDEF , ta nhan thiy:

- Tt gidc OABC 1a hinh thoi

- Cac diém D, E, F 1an luot 12 cac diém ddi xtng cua cic diém A, B, C
qua tam O

Tir d6, suy ra cach vé& hinh biéu dién cua luc gidc déu ABCDEF nhu
sau:

- V& hinh binh hanh O'A'B'C' biéu dién cho hinh thoi OABC.

- Léy ca diém D', E', F' lan Iuot déi xung voi cac diém A", B' C' qua O/,
ta duoc hinh biéu dién A' BC'D'E'F' cua hinh luc giac déu ABCDEF.
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ON TAP CHUONG II

A. CAC DANG TOAN CO BAN CUA CHUONG II

DANG 1. Tim giao tuyén ciia hai mit ph%ng i
Phwong phap 1. (4p dung ndi dung tinh chat 5 cua bai 1 sgk/47). Ta tim hai di€ém chung phan biét ctia

wo(a)n (o)
hai mat phang. Cu thé: { N D(O() N (B) = MN = (0() N (B)
M =N

Phuong phap 2. (Ap dung HQ cua ndi dung Pinh 1i 2 ctia bai sgk/57)
(a) = (B)
allb
al (O()
»0(p)
Phuong phap 3. (Ap dung ndi dung Pinh If 2 ctia bai 3 sgk/61)
Cu thé al/(a) (B)n (a)=b.011
u the: =(B)nl\a)=b,b//a

al (B)

DANG 2. Tim giao diém ciia dwong thing va mit phing

Cu thé: = (0() N ([3) =A,A//al /b hodc tring v&i mot trong hai duong thang a va b.

Phwong phap: Tim giao diém cta duong thang d va mit phang (0() , phuong phap chung:

@ 0(a) }:I:dn(a)

AN

dnd=1I
¢ » Chon mit phang (B) chtra duong thang d sao cho dé tim giao tuyén véi (O( ) la d'
a0 (p)
Cuthé: (B)n(a)=d't=1=dn(a)
dnd=1I

DANG 3. Chitng dwong thing song song véi mit phing
Phwong phap: (4p dung ndi dung Pinh Ii 1 cta bai 3 sgk/61)

d A (0()
Cuthé: d//d' =d//(a)
d 0 (O()
DANG 4. Chiung minh hai mat phing song song
Phwong phap: (Ap dung ndi dung Pinh 1i 1 cua bai 4 sgk/64)
a,b ] (0()
Cuthé: a//(B).b/1(B);=(a)//(B)
anb=M
DANG 5. Dung thiét dién
Dyng thiét dién ciia hinh (H) khi cét boi mat phing (a):
Phwong phap chung: Ta tim céc giao tuyén (néu co) clia (0() véi mat day va cdc mat bén cua hinh (H).
Poan ndi giira cac giao tuyén cho ta mét hinh, hinh d6 1a thi€t dién can tim.

Luu y:
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® Dung thiét dién song song véi mdt dwong thing: (0() di qua mot diém va song song v6i hai dudng
thang trong hinh (H) hodc qua hai diém va song song véi mot dudng thang trong hinh (H).
Phuong phép: Cho dudng thing d song song v4i mit phang (0() . Néu mit phang (B) chtra d va cit (0( )

theo giao tuyén d’ thi d’ song song véi d.

@ Dung thiét di¢n song song véi mgt mit phing trong hinh (H): (0( ) song song véi mot mat phang
nao do6 trong hinh (H).

Phwong phap:

w AP dung: Khi (O() song song vGi mot mit phang (B) nao do thi (O() s& song song vdi tat ca duong

thang trong (B)
= Pé xdc dinh giao tuyén cla (O() vO1 cac mat cua hinh (H), ta lam nhu sau:
¢ Tim dudng thing d nim trong (B)
* Vi (0()/ / (B) nén (O() cit nhitng mat phing chira d theo cic giao tuyén song song véi d.

DANG 6. Chirng minh hai dwong thing song song

Phwong phap:

1. Chting minh ching cung thuéc mot mat phéng va diing phuong phép ching minh hai duong thing
song song trong hinh hoc phang( nhu tinh chat dudng trung binh ctia tam gi4c, dinh 1 Talét dao, tinh chat
song song cua hai duong thang ciing vudng géc véi duong thang th ba, ...)

2. Ching minh ching ciing song song v6i dudng thang thir ba.

3. Dung tinh chat: Hai mat phiang phan biét 1an luot chira hai duong thiang song song thi giao tuyén cia

all(a)
Y SR pa e oo JbU(B)
ching(néu cd) cling song song vdi hai duong thang ay. Tac la: b =cllallb
a
(@)n(P)=c
any=a
4 allbl/c

4. Ding dinh 1y vé giao tuyén cta ba mit phing: { 8n y=b=
anpf=c

DANG 7. Chitng minh ba diém thing hang, ba dwong thang dong qui.

Phuong phap:

= Pé chimg minh ba diém thang hang, ta chimg minh ching cung thudc hai mat phang phan biét. Khi d6

ching thudc giao tuyén hai mat phang do. ) i i

= D¢ chimg minh ba duong thang dong qui, ta chimg minh giao diém cua hai dudng thang nay la diém

chung cua hai mdt phang ma giao tuyén la duong thang tha ba.

B. BAI TAP

a,b dong quy

Bai 1. Cho hinh  thang ABCD va ABEF ¢6 chung day 1on AB va khong ciing nam trong mot mat phing
a) Tim giao tuyén ciia cac mit phang sau: (AEC) va (BFD); (BCE) va (ADF)

b) Lay M 1 mét diém thudc doan DF. Tim giao tuyen ctia duong thing AM véi mp(BCE)

¢) Ching minh hai duong thang AC va BF khong cit nhau.

HD xGidi

a) Goi G=AC n BD;H = AE n BF
Tacod (AEC)n (BFD)=HG
Tuong ty: Goi I =AD n BC;K = AF n BE

Ta c6: (BCE)n (ADF)=1IK
b) Goi N=AM n IK . Tac6é: N =AM n (BCE)
c) Néu AC va BF cz"ltvnhau thi hai hinh thang da cho cing
nam trén mdt mat phang. Di€u nay trai vdi gia thiét.
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Bai 2. Cho hinh chép S.ABCD, c6 ddy ABCD la hinh thang va AB 1a ddy 16n. Goi M, N theo thur tu 1a
trung diém cia cac canh SB va SC.

a) Tim giao tuyen cua hai mat phang (SAD) va (SBC)

b) Tim giao diém cuia duong thang SD voi mat phang (AMN)

Tim thiét dién cua hinh chép S.ABCD cit boi mat phang (AMN).

HD xGiii
a) Goi E=AD n BC.Tacé (SAD) n (SBC) = SE

S
b) Goi F=SEn MN,P=SDn AFTacé: P=SD n (AMN)
¢) Thiét dién 12 t&r gidc APNM
A B

Bai 3. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi O 14 giao diém hai duong chéo, M,
N, P, theo thir ty 1a trung diém céc doan thing SA, BC, CD.

a) Tim giao tuyen cua hai mat phang (SAC) va (SBD).

b) Tim giao diém cuia duong thang SO v6i mp(MNP).

¢) Tim thiét dién cua hinh ch6p khi cit boi mp(MNP).

HD »Gidi
a) Ta c6 (SAC) n (SBD) = SO

b) Goi H=AC n NP;I =S50 n MH . Ta c6:

1 =S50 n (MNP)

¢) Goi E=ABn NP;F=ADn NP.

R =SB n ME;Q = SD n MF . Thiét dién can tim 1a
ngll gidc MQPNR

Bai 5. Cho ttr dién ABCD. Trén AD lay trung diém M, trén canh BC 1ay mot diém N bat ki khac B va C.
Goi (P) 1a mit phang qua duong thang MN va song song v&i CD.

a) Xdac dinh thiét dién cua tr dién ABCD khi cat boi mp(P).

b) Xac dinh vi tri N trén BC sau cho thiét dién 12 mot hinh binh hanh.

HD »Gidi
a) Ta cod
CD UO(ACD),CD//(P)= (ACD)n (P)=MJ . Sao
cho MJ // CD (] thuéc trén AC)
Tuong ty, ta c6: (BCD) n (P) = NI, sao cho
NI//CD va I thugc BD.
Vay thiét dién 1 hinh thang MINJ (MJ // NI)

b) Tacé: MJ = CTD. Vay dé hinh thang MINJ 1a

hinh binh hanh = NI =MJ = %CD

Suy ra: N 14 trung diém ciia BC
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Bai 6. Cho hinh chép S.ABCD dy 1a hinh binh hanh. Goi M 14 trung diém cta SC.
a) Tim giao diém I cua AM véi (SBD). Chung minh: IA = 2IM

b) Tim giao diém F cua SD véi (ABM). Ching minh F 1 trung diém ctia SD

¢) Goi N 1a mét diém tiy ¥ trén AB. Tim giao diém ctia MN véi (SBD).

HD xGidi
Tir d6 suy ra: F 1a trung diém cua SD
a) Tim giao diém I cia AM véi (SBD): ¢) Tim giao diém ctia MN véi (SBD):
Goi O =AC n BD . Trong mp (SAC), c6 Goi K = MN n BI ,(Trong (ABM)), khi d6
1=50nAM K OMN
IO AM {KDBID(SBD):K MN n (SBD)

khi d6 {I SO U (SBD)

=1 =AM n (SBD)
Chiing minh IA = 2IM:
Trong tam gidc SAC: AM; SO 1a trung tuyén va
I =S0nAM
=1 1a trong tam cua tam gidc SAC => [A =
2IM.
b) Tim giao diém F caa SD v6i (ABM)
Trong (SBD), goi F =SD n BI ,

FUSD

khi d6: | FOBI O (ABM)

= F=SDn (ABM)
Chung minh F 13 trung diém ctia SD: 14 trong
tam tam gidc SAC => SI =210
Trong tam gidc SBD c6: SO 1a trung tuyén va SI =
210 suy ra I 1a trong tam cua tam giac SBD.

BAI TAP PE NGHI
Bai 1. Cho hinh chép S.ABCD c6 AB va CD khong song song. Goi M 1a mot diém thudc mién trong ctia
tam giac SCD.
a) Tim giao diém N cta duong thang CD va mit phang (SBM)
b) Tim giao tuyén ctia hai mat phang (SBM) va (SAC)
¢) Tim giao diém I ciia duong thang BM va mp(SAC)
d) Tim giao diém P ciia SC va mp(ABM), tir d6 suy ra giao tuyén ctia hai mat phang (SCD) va (ABM)
Bai 2. Cho hinh chép S.ABCD. Goi M, N lan luot 1a trung diém céc canh SA, SD va G la trong tim cua
tam giac SCD. Tim giao diém cua:
a) MG va mp(ABCD) b) BN va mp(SAG)
Bai 3. Cho hinh chép S.ABCD. Goi M 14 mét diém nam trong tam giac SCD.
a) Tim giao tuyén cua hai mat phéng (SBM) va (SAC)
b) Tim giao diém cua duong thang BM va mp(SAC)
¢) Xéc dinh thiét dién ca hinh chép khi cit boi mit phang (ABM)
Bai 4. Cho hinh chdép S.ABCD c6 day 1a hinh thang ABCD (AB // CD, AB > CD). Goi
I, J theo thtr tu 1a trung diém cua cac canh SB va SC.
a) Xdac dinh giao tuyén cta hai mat phang (SAD) va (SBC), (SAC) va (SBD)
b) Tim giao diém ciia dudong thang SD véi mp(ALJ)
¢) Xac dinh thiét dién cta hinh chép S.ABCD cit boi mp(ALT)
Bai 5. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M 14 diém giita S va A; N 1a diém
nam giita S va B; giao diém cua hai duong thang AC va BD 1a O.
a) Tim giao diém ciia mat phang (CMN) véi dudng thang SO
b) Xéc dinh giao tuyén ctia hai mat phang (SAD) va (CMN)
¢) Xac dinh thiét dién cta hinh chép khi cit boi mit phang (CMN).
Bai 6. Cho hinh thang ABCD va ABEF c¢6 chung ddy 16n AB va khong ciing nam trong mot mét phing
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a) Tim giao tuyen cua cac mat phang sau: (AEC) va (BFD) (BCE) va (ADF)

b) Lay M 1a mot diém thudc doan DF. Tim giao tuyén ctia duong thing AM véi mp(BCE)

Bai 7. Cho hinh chép S.ABCD diy ABCD 1a hinh binh hanh. Trén doan SA 1dy diém M sao cho 25M =
MA, trén doan SB léy diém N sao cho 2SN = NB.

a) Tim giao tuyén cua hai mat phéng (SAC) va (SBD); (SAD) va (SBO)

b) Ching minh rang: MN // CD

¢) Piém P nam trén canh SC khong tring vé6i S, C. Tim giao tuyén hai mp (MNP) va (SCD)

Bai 8. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh.

a) Hiy xac dinh giao tuyén ctia cic mit phing (SAB) va (SCD); (SBC) va (SAD)

b) M 1a diém thudc canh SC, tim thiét dién ctia hinh chép véi mp(ABM). Thiét dién 12 hinh gi?

Bai 9. Cho hinh chép S.ABCD, c6 ddy ABCD la hinh thang va AB 1a ddy 16n. Goi M, N theo thur tu 1a
trung diém cta cac canh SB va SC.

a) Tim giao tuyen cua hai mat phang (SAD) va (SBC)

b) Tim giao diém ctia dudng thing SD véi ‘mat phang (AMN)

¢) Tim thiét dién cua hinh chép S.ABCD cit boi mat phang (AMN).

Bai 10. Cho hinh chép S.ABCD c6 diay ABCD 1a hinh binh hanh. Goi O 1 giao diém hai dudng chéo. Goi
M, N, P, theo thir ty la trung diém céc doan thing SA, BC, CD.

a) Tim giao tuyen cua hai mat phang (SAC) va (SBD).

b) Tim giao diém cuia duong thang SO v6i mp(MNP).

¢) Tim thiét dién cua hinh ché6p khi cit boi mp(MNP).

Bai 11. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N lan luot 1a trung diém cua AB
va CD.

a) Ching minh ring MN song song vdi cic mit phiang (SBC) va (SAD).

b) Goi P 1a trung diém cua SA. Chiing minh rang SB va SC déu song song v6i mp (MNP)

Bai 12. Cho hinh chép S.ABCD c6 day ABCD la hinh thang, day 16n AD va AD = 2BC. Goi O 1a giao
diém ctia AC va BD, G 1a trong tdm cua tam gidc SCD.

a) Chung minh ring OG // (SBC)

¢) Cho M 1a trung diém ctia SD. Ching minh rang CM // (SAB)

d) Gia st I nam trén doan SC sao cho SC = %SI . Chttng minh réng SA // (BID).

Ba?!i 13. Cho hinh chép S.ABCD c6 day 1a hinh thang (AD // BC, AD > BC). Goi M, N, E lan luot 1a trung
diém cua AB, CD, SA.

a) Chtrng minh rang: (MEN) // (SBC)

b) Trong tam gidc SAD vé EF // AD (F U SD) . Chirng minh ring F 14 giao diém cta mit phiang (MNE)

v6i SD. Tir d6 suy ra thiét dién cua hinh chép khi cit boi mp(MNE) 1a hinh gi?

Bai 14. Cho tir dién ABCD. Goi Gy, G,, G3 lan luot 1a trong tdm cua cac tam gidc ABC, ACD, ABD.
Chting minh mit phang (G;G,G3) song song v&i mit phang (BCD).

Bai 15. Cho hinh ch6ép S.ABCD c6 day 1a hinh binh hanh ABCD, O 1a giao diém ctia AC va BD, M 1a
trung diém cua SA. Tim thiét dién cua mit phang (a) voi hinh chép S.ABCD néu () qua M va dong
thoi song song voi SC va AD.

Bai 16. Cho tir dién ABCD. Trén AB lay diém M. Cho () 1a mit phiang qua M, song song voi hai duong
thang AC va BD.

a) Tim giao tuyén cta (@) voi cac mat cua tir dién

b) Thiét dién ciia tir dién cit boi mat phang (o) 1a hinh gi?

Bai 17. Cho hinh chép S.ABCD c6 day ABCD 1a mot tir gidc 16i. Goi O 1a giao diém cua hai duong chéo
AC va BD. Xac dinh thiét dién cta hinh chép cit boi mat phang (a) di qua O, song song v6i AB va SC.
Thiét dién d6 12 hinh gi?

Bai 18. Cho hinh chép S.ABCD c6 day 12 hinh binh hanh. Xac dinh thiét dién cta hinh chép khi cit boi
mit phang di qua trung diém M ciia canh AB, song song véi BD va SA.

Bai 19. Cho hinh chép S.ABCD c6 diay ABCD 1a hinh binh hanh. Goi O 1a giao diém ciia AC va BD. Goi
M, N, P, theo thtr ty 1a trung diém céc doan théng SA, BC, CD.
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a) Tim giao tuyén ciia mp(SAC) va mp(MNP). Tir d6 suy ra giao diém ciia dudng thang SO véi
mp(MNP).
b) Xéc dinh thiét dién cua hinh chép khi cat boi mat phang (a) qua M dong thoi song song v6i AB va

SC.

Bai 20. Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Goi O la giao diém ciia AC va BD. Goi
M, N, P, theo tptr tu 12 trung di@:m cac doan thang SA, BC, CD.

a) Tim giao diém cua duong thang SO v&i mp(MNP).

b) Xéc dinh thiét dién cta hinh chép khi cit boi mat phang (P) qua M dong thoi song song voi AB va SC.
Thiét dién 12 hinh gi? ‘ 7
Bai 21. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tdm O. Goi M, N lan luot 1a trung diém
SA, CD. .

a) Chtrng minh ;éng (OMN) /! (SBC) i

b) Xéc dinh thiét dién cta hinh chép véi méit phang (OMN) . 7

Bai 22. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tdm O. Goi [, J 1an luot 1a trung diém SB,
CD.

a) Chung minh ring: IJ //(SAD)

b) Goi (a) 1a mat phang qua IO va song song véi SC. Xéc dinh thiét dién ciia hinh chép S.ABCD khi cit
boi mp(a).

Bai 23. Cho hinh chép S.ABCD c6 diay ABCD 1a hinh binh hanh tim O. Goi P, Q lan luot 13 trung diém
SC, AB. ‘

a) Chung minh rang (OPQ) I/ (SAD) i

b) Xéc dinh thiét di¢n cta hinh chép v6i mét phang (OPQ) . 7
Bai 24. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tdm O. Goi M, N lan luot 1a trung diém
SD, BC. .

a) Chtrng minh rang: MN //(SAB)

Goi (a) 1a mat phang qua MO va song song v6i SA. Xac dinh thiét dién cta hinh chép S.ABCD khi cit
bdi mp (a ) .

Bai 25. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang (AB la déy 16n). Goi M, N lan luot 1a trung
diém cua SB va SC. 7 7

a) Tim giao di€m cua duong thang AN v6i mat phang (SBD).

b) Goi (@) 1a mét phang qua MN va song song v6i CD. Xéac dinh thiét dién cta hinh chép cat boi mét
phang (a).

Bai 26. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Ly mot diém M trén canh SA nhung
khong tring voi S va A. 7 7

a) Tim giao diém cua duong thang CM vdi mét phang (SBD).

b) Goi (@) 1a mét phang qua M va dong thoi song song véi AB, SC. Xac dinh thiét dién cua hinh chop cat
bdi mat phéng (a).

Bai 27. Cho hinh chop S.ABCD, day ABCD hinh binh hanh tdm O. Goi M, N lan luot 13 trung diém cia
SC va OB. Tim giao di€m cua SD véi mat phang (AMN).

Bai 28. Cho hinh chép S.ABCD c6 day ABCD 1a mot tir giac 16i. Goi O 1a giao diém cua hai duong chéo
AC va BD; M 1a trung diém ctia SD. Xac dinh thiét dién ctia hinh chép khi cit boi mit phang (a) qua M,
song song vdi SO va BC. .

Bai 29. Cho hinh ch6p S.ABCD, day ABCD la hinh thang v6i AB 1a ddy 16n. Goi M, N lan luot 1a trung
diém cua SA va SD. Tim giao diém cua SC v6i mat phang (BMN). ) )
Bai 30. Cho hinh chép S.ABCD, day ABCD la hinh binh hanh. Xac dinh thict dién cta hinh chép khi cat

boi mat phang (a) qua trung diém M cta CD, song song v6i AC va SD.
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Bai 31. Cho hinh chép S.ABCD c6 day 1a mot tir giac 16i. Goi O 12 giao diém cuia hai dudng chéo AC va
BD, M la trung diém cua canh SA.

a) Xac dinh thiét dién ctia hinh chép khi cit boi mat phang (P) qua M, song song véi SO va BC.

b) X4c dinh thiét dién cta hinh chép khi cit boi mat phang (Q) qua O, song song voi BM va SD

Bai 32. Cho hinh chép S.ABCD c6 day ABCD Ia hinh thang (AD // BC). Goi M, N, G lan luot 14 trung
diém ciia AB, CD va trong tim tam gidc SAD.

a) Xac dinh giao tuyén ctia mat phiang (SAB) va mit phang (SCD)

b) X4c dinh thiét dién cta hinh chép voi mit phang (MNG)

¢) Goi O 1a giao diém cia AC va BD. Gié sir dudng thang SO cét mit phang (MNG) tai E. Hay xéc dinh
diém E.

Bai 33. Cho hinh chép tir gidc déu S.ABCD c6 canh ddy bang a, canh bén bang b. Goi M, N lan luot 1a
trung diém ctia AB va BC. Tinh dién tich thiét dién ctia hinh ch6p v6i mit phing di qua M, N va song
song v&i SB.

Bai 34. CHo hinh hop ABCD.A'B'C'D'. V& thiét dién cuia hinh hop tao boi miat phang di qua trung diém
M, N cua cac canh AB, AD va tdm O cuda hinh binh hanh CDD'C'.

Bai 35. Cho hinh 1ap phuong ABCD.A'B'C'D' va céc trung diém E, F ctia cic canh AB, DD'. Hiy xéc
dinh cac thiét dién cua hinh 1ap phwong cit boi cac mat phang (EFB), (EFC), (EFC') va (EFK) vé6i K 1a
trung diém cta canh B'C'.

Bai 36. Cho tir dién déu ABCD c6 canh ddy bang a, canh bén bang b. Goi M, N Ian luot 1a trung diém cua
AB va BC. Tinh dién tich thiét dién cta hinh chép voi mit phiang (P) di qua M, N va song song v4i SB.
Bai 37. Cho hinh chép S.ABCD c6 day 14 hinh thang (AD//BC, AD > BC). Goi M, N, E lan luot 1a trung
diém ctia AB, CD, SA.

a) Chung minh réng: (MEN) // (SBC)

b) Trong tam gidc SAD vé EF // AD (F N SD) . Chitng minh rang F 1a giao diém ctia mat phang (MNE)

v6i SD. Tir d6 suy ra thiét dién cta hinh chép khi cat boi mp(MNE) 14 hinh gi?
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‘ ﬂ _ CHUONGII A
PUONG THANG VA MAT PHANG TRONG KHONG GIAN
QUAN HE SONG SONG

PHAN TRAC NGHIEM

Cau 1: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N, P theo thir tw 13 trung diém
céc doan thang SA, BC,CD . Goi O la giao diém ciia hai duong chéo ciia hinh binh hanh ABCD (nhu hinh
v&). Xéc dinh giao diém I ctia duong thang SO véi mat phang (MNP).

A. I =SOn NP.
B. I =SOn MH.
C.1=50nMP.
D. I =50 n MN.

Cau 2: Cho tir dién ABCD . Goi M,N lan luot 1a trung diém céc canh AD va BC; G 1a trong tAm cda tam
gidc BCD . Xac dinh giao diém cta duong thang MG va mit phang (ABC ) .

A. Giao diém ciua MG va duong thang BC.

B. Diém N.

C.Dbiém C.

D. Giao diém cua dudng thang MG va duong thing AN.
Cau 3: Ménh dé nao dudi ddy diing ?

A. Néu hai dudng thing song song v&i nhau 1an Iugt nim trong hai mit phang phan biét (a) va ( £) thi
(a)va (f) song song v&i nhau.

B. Qua mot diém nam ngoai mdt phang cho trudc ta v& duoc mot va chi mot dudng thing song song
v6i mit phang cho trude.

C. Néu hai mit phang (@) va (B) song song v&i nhau thi moi duong thang nam trong (o) déu song
song v&i moi dudng thing nam trong mit phang ().

D. Néu hai mit phing (o) va () song song véi nhau thi moi duong thing nam trong (o) déu song
song voi (f).
Cau 4: Cho hinh chép S.ABCD, c¢6 ddy ABCD 1a hinh binh hanh. Gia st M thudc doan thang SB . Mit
phing (ADM) cit hinh chép S.ABCD theo mdt thiét dién 13 hinh gi?

A. Hinh chir nhat. B. Hinh binh hanh. C. Hinh tam giac. D. Hinh thang.
Cau 5: Ménh dé nao dudi ddy diing ?

A. Hai duong thang phin biét ciing nam trong mot mit phang thi khéng chéo nhau.

B. Hai duong thang phan biét khong cit nhau thi chéo nhau.

C. Hai dudng thang phan biét khong song song thi chéo nhau.

D. Hai duong thang phin biét lan luot thudc hai mat phiang khic nhau thi chéo nhau.
Cau 6: Cho tam giac ABC, ldy diém I trén canh AC kéo dai. Ménh d& nao duéi diy sai ?

A. BI U (ABC). B. I00(ABC). C. (ABC) = (BIC). D. AU(ABC).

Cau 7: Cho hai duong thang phén biét a va b trong khong gian. C6 bao nhiéu vi tri tvong ddi giita a va b
cling chira trong mot mit phang.

A.2. B. 1. C. 4. D. 3.
Cau 8: Cho tir dién SABC c6 E, Flan luot 1a trung diém cua SB, AB . Lay G 1a mot diém trén doan thang
AC sao cho G khéng tring véi trung diém AC . Goi I 12 giao diém ciia GF va mit phang (SBC). Thiét
dién cua tir dién khi cat boi mat phang (EFG) 1a hinh nao dudi day ?
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A. Hinh binh hanh.
B. Hinh thang.
C. Tam giac.

A c D. Hinh thoi.

B
Cau 9: Ménh dé nao dudi day sai ? 7 , ,

A. Néu hai mat phang phén biét cing song song vdi mot dudng thang thi giao tuyén cta ching (néu
c0) cling song song voi duong thang do.

B. Néu mat phang (a)chtra hai duong thang cat nhau a,b va a,bcung song song véi mdt phang
(B) thi (a) song song voi (B) .

C. Qua mét diém nam ngoai mat phang cho trudc c6 nhiéu hon mot mit phang song song vai mat
phéang da cho.

D. Néu dudng thang d khong nam trong mat phang (a) va d song song vdi duong d’ nam trong (o)
thi d song song vdi ().
Cau 10: Cho hinh chép S.ABCD c6 déy 1a hinh binh hanh. Goi I, J lan lugt 1a trung diém cta AB va
CB . Giao tuyén ctia hai mat phiang (SAB) va (SCD) la duong thang song song dudng thang nao dudi
day ? q q q q

A. Pudng thang AD. B. Duong thang 1J. C. Duong thang BI. D. Pudng thang BJ.
Cau 11: Cho hai hinh binh hanh ABCD va ABEF nam trong hai mit phang phan biét. Khang dinh nio
dudi day ding ?

A. (ABD)I(EFC).  B. ECII(ABF). C. ADII(BEF). D. (AFD)Il(BEC).

Cau 12: Trong céc hinh sau day, hinh nao biéu dién cho hinh 1ap phuong ?

c)

A. Hinh a) B. Hinh a) va c¢) C. Hinh b) D. Hinh c) va b)
Cau 13: Ménh dé nao dudi day diing ? 7 o

A. Hinh chiéu song song ctia hai dudong thang chéo nhau cé thé cat nhau, trung nhau, song song vdi
nhau.

B. Hinh chiéu song song cla hai duong thang chéo nhau thi cit nhau.

C. Hinh chi€u song song song cua hai duong thang chéo nhau c6 thé tring nhau.

D. Hinh chi€u song song cia hai duong thang chéo nhau c6 thé song song vdi nhau.
Cau 14: Ménh dé nao dudi day ding ? i ‘ 7 i

A. Néu hai mat phang song song thi moi duong thang nam trén mat phang nay déu song song voi moi
duong thang nam trong mat kia. 7 ’ i

B. Mot duong thang cat mot trong hai duong thang song song thi cat duong thang con lai.

C. Néu hai mét phang song song thi moi duong thang nam trén mat phang nay déu song song voi mat
phang kia. i i

D. Hai mat phang phan biét cing song song v4i mdt duong thang thi song song vdi nhau.

Cau 15: Cho hinh ling tru tam gidc ABC.A'B'C’. Goi I, J lan lugt 12 trong tm cua céc tam gidc ABC va
A'B'C’. Thiét dién tao béi mait phéng (ALJ) véi lang tru da cho 1a hinh nao dudi day ? (tham khao hinh
ve)
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A. Hinh binh hanh.

B. Hinh thang.
C. Tam giac can.

D. Tam giac vudng.

B

Cau 16: Cho ti dién ABCD . Goi M, N lan luot 1a trung diém ctia AB va AC , E 1a diém trén canh CD voi
ED =3EC . Tim thiét dién tao boi mit phing (MNE) va tr dién ABCD . (tham khao hinh v§)
A A. Hinh binh hanh MNEF véi F 1a diém trén canh BD ma EF || BC.

B. Hinh thang MNEF voi F 1a diém trén canh BD ma EF || BC.

C. Tam giac MNE.

’ ' " D. TG gidc MNEF vé6i F la diém bat ki trén BD.

c
Cau 17: Cho hinh chép S.ABCD véi ddy 1a tr gisc ABCD . Thiét dién cia mat phang (@) tily ¥ v6i hinh
ch6p khong thé 12 hinh nao dudi day ?

A. Hinh tr giéc. B. Hinh ngii giac. C. Hinh tam giac. D. Hinh luc giéc.
Cau 18: Néu ba duong thing khong cling nam trong mot mat phang va doi mot cit nhau thi ba duong
thang d6 nhu thé nao ? i

A. Cung song song voi mdt mdt phang. B. Trung nhau.

C. Tao thanh mdt tam giac. D. bong quy.
Cau 19: Cho hinh chép S.ABCD c6 day 1a mot hinh binh hanh. Goi A’,B’,C’,D’ 1an luot 1a trung diém
cua céc canh SA, SB, SC vaSD . Tim ménh dé Ping trong cac ménh dé sau ?

A. A'C’' I BD. B. A'C’II(SBD).

C. A'B'1I(SAD). D. (A'C'D')u(ABC).
Cau 20: Cho tr dién SABC c6 E,Flan luot 1a trung diém cia SB, AB . Liy G 1a mot diém trén doan
thépg AC sao cho G khong trung voi trung diém AC . Goi I 1a giao diém cua GF va mit phang (SBC).
biém I thuc duong thang nao dudi day ?(tham khao hinh v¢)

N

A. BC.
B. AB.
C. SA.

D. AC.

B

Cau 21: Cho tir dién ABCD. Goi M,N lan luot 14 trung diém céc canh AB va AC . Xét vi tri twong ddi ctia
duong thing MN va mp(BCD). Khang dinh nao dudi ddy diing ?

A. MN nam trong (BCD). B. MN khong song song (BCD).

C. MN // (BCD). D. MN cit (BCD).
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Cau 22: Ménh dé nao dudi day sai ?

A. Hai duong thang phan biét cung song song voi mot mat phing thi song song voi nhau

B. Néu mot duorng thang cit mot trong hai mat phang song song thi cit mat phang con lai

C. Hai mit phang phan biét cung song song voi mot mat phang thi song song vo6i nhau

D. Néu hai miat phing song song thi moi dudng thing ndm trén mit phang niy déu song song voi mit
phang kia

Cau 23: Cho hai duong thang a va b song song voi mit phang (). Ménh dé nao dudi diy ding ?

A. a va b trung nhau B. a va b c6 thé cat nhau
C. a va b chéo nhau D. a va b song song vdi nhau
Cau 24: Cho hai duong thang a va b chéo nhau. C6 bao nhiéu mit phéng chura a va song song véi b?
A. Khong c6 mat phang nao B. Ba mat phang
C. Mot mat phang D. Hai mat phang

Cau 25: Ménh dé nao dudi day diing ?
A.Néu a//b va aO(a),bO(P) thi (a)//(B) B.Neu (a)//(PB) va aO(a),b O (P) thi a//b
C. Néu (0)//(B) va b/ /(B) thi a//b D. Néu (a)//(B) va a O(a) thi a/ /()
Cau 26: Chon phuong 4n Piing. Néu duong thing asong song voi mit phang (o) thi
A. c6 moi dudng thang bkhong chira trong (a) song song Vi a
B. c6 duy nhat mit phang (B) chira @ va song song véi (a)
C. duong thang a chira trong mat phing (a)
D. c6 duy nhat mét phing (B) chtra b va b song song voi ()
C&u 27: Cho tir dién ABCD c6 cic canh déu bﬁng a.Goi G, va G, lan luot 1a trong tdm cic tam giac
BCD va ACD thi doan GG, bﬁng bao nhiéu?
A x B. 2 c.t p, @3
3 4 3 2
Cau 28: Trong ca’}c ménh dé sau, ménh dé nao Ping ? 7
A. Hai mét phang phén biét cung song song v6i mot mét phang thi song song v6i nhau
B. Hai mat phang phéan biét cing song song v6i mot duong thang thi song song v6i nhau

C. Néu hai mat phang phan biét lan lugt di qua hai duong thang song song thi song song vdi nhau
D. Hai duong thang phan biét cling song song v&i mot mat phang thi song song voi nhau

Cau 29: C6 bao nhiéu cach xac dinh mot mat phang ?
A. 1 B.3 C.2 D.4

Cau 30: Tim ménh d& Sai trong cic ménh d¢ sau day:
A. Néu hai mit phang phan biét cung song song vdi mat phing thir ba thi chiing song song voi nhau
B. Néu mot duong thang cit mot trong hai mit phing song song véi nhau thi s& cit mat phang con lai
C. Néu hai duong thang phén biét cing song song v4i mot mét phang thi song song v&i nhau
D. Néu hai mit phang c6 mot diém chung thi ching con ¢6 vo s6 diém chung khac nita.

Cau 31: Cho tir dién ABCD c6 cic canh déu bang a . Ly diém M trén AB véi AM :% . Dién tich cia

thiét dién cta hinh tr dién khi cat boi mat phang qua M va song song véi mp(BCD) 14 :
a3 B. a3 C. a3 D. a3
12 24 18 36

Cau 32: Cho hinh chép S.ABCD. Goi ACnBD=I;,ABnCD=J;ADn BC=K. Déng thirc nao Sai
trong céc ding thirc sau day?

A. (SAC)n (SBD) = SI B. (SAC)n (SAD) = AB

C. (SAB)n (SCD)=SJ D. (SAD) n (SBC) =SK
Cau 33: Cho t¢ dién ABCD. Goi M,N,P,Q,R,Slan luot 1a trung diém cac canh
AC, BD, AB, CD, AD, BC . Bbn diém nao sau ddy khong dong phang ?

A.M,P,R,S B. M,R, S, N C.P,0O,R, S D. M, N, P, Q
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Cau 34: Trong cac ménh dé sau, ménh dé nao Sai ?
A. Mot mat phang cit mot trong hai duong thang song song thi cit duong thang con lai
B. Hai duong thang chéo nhau thi khong cing thuéc mot miat phang
C. Hai duong thang khong song song thi chéo nhau
D. Hai mit phang phan biét khong song song thi cat nhau
Cau 35: Cho hai duong thang phan biét cling nam trong mot mit phiang. C6 bao nhiéu vi tri tuong d6i
giita hai duong thang d6 ?
A. 3. B. 2. C.1. D.4
Cau 36: Trong cic ménh dé sau, ménh dé nao sai ?
A. Hinh chiéu song song ctia hai duong thing cit nhau c6 thé tring nhau.
B. Mot duong thang ludn cit hinh chiéu song song ciia né.
C. Hinh chiéu song song ctia hai duong thang cit nhau c6 thé cat nhau.
D. Mot dudng thang c6 thé song song hoic triing voi hinh chiéu song song ctia né.
Cau 37: Trong khong gian,cho hai mit phang () va (). C6 bao nhiéu vi tri twong ddi gitta (a) va(8)?
A. 3. B. 4. C.2 D. 1.
Cau 38: Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang va BA 1a ddy 16n. Goi M, N theo thu tu la
trung diém ctia canh SB va SC . Thiét dién ctia hinh chép S.ABCD cit boi mit phang (AMN )14 hinh nao
dudi day?(tham khao hinh vé&)

S

A. Hinh chir nhat.
B. Hinh thanh.

C. Hinh binh hanh.

C .
D. Tam giéc.
Cau 39: Trong cic ménh dé dudi day, ménh dé nao sai?

A. Hinh hop c6 céac mét do6i dién bang nhau.

B. Hinh lang tru c6 tat ca cac mat bén bang nhau.

C. Hinh hop 1a mét hinh lang try.

D. Hinh lang tru c¢6 cidc mat bén 1a hinh binh hanh.
Cau 40: Ky hi¢u nao dudi day sai ?

A. AZ(P). B. AO(P). C. dO(P). D. Ald.
Cau 41: Cac qyé’u td ndo sau diy xac dinh mot mit phiang duy phét ?

A. Bon diém. i B. Ba diém. i )

C. Mot diém va mdt duong thang. D. Hai dudng thang cat nhau.

Cau 42: Giita dudng thang va mit phing c6 bao nhiéu vi tri twong ddi ?

A. 2. B. 4. C.3. D. 1.
Cau 43: Cho hinh chép S.ABCD, c6 ddy ABCD 1a hinh binh hanh. Giao tuyén cua hai mit phang (SAD)
va (SBC) 1a dudng thing song song v&i dudng nio sau day?

A. SC. B. AC. C. AD. D. BD.
Cau 44: Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang va BA la day 16n. Goi M, N theo thu tu la
trung diém cta canh SB va SC . Tim giao tuyén ctia hai mit phing (SAD) va (SBC).

s A. SE v6i E=AD n BC.

” B. Dudmg thing A,(SOA,A//AD).
C. SO véi O=AC n BD.

D. Buong thing d.(S0d.d//BC).
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Cau 45: Cho tr dién ABCD c6 canh béng a . Goi G,G’ lan luot 1a trong tdm cia ABC va ABD . Tinh
dién tich S ctia thiét dién ctia hinh tir dién khi cit boi mat phang (BGG’) :

azx/ﬁ azx/ﬁ azx/ﬁ azx/ﬁ

A.S= . B.S= . C.S= . D.S= .
6 16 8 3
Cau 46: Cho hai duong thang a va b. Diéu kién nao sau day du dé két luan a va b chéo nhau ?
A. a va b 1a hai canh ctia mot tir dién. B. a va b khong nam trén bat ki mat phang nao.
C. a va b khong c6 diém chung. D. a va b ndm trén hai mit phang phan biét.

Cau 47: Trong cac hinh sau dy, hinh nao biéu din ctia mot t& dién ?

L= N e

A.Hinh a),b)vad). B.Hinha)vac). C. Hinh b) vad). D. Tét ca.
Cau 48: Cho mit phang (o) va hai duong thang song song a, b. Ménh dé nao duéi day ding ?
A.Néu (a) song song v6i a thi (@) song song voi b hodc chira b.
B. Néu (@) cit a thi (a) c6 thé song song véi b.
C. Néu (a) khong chtra a thi (a) c6 thé song song véi b.
D. Néu (a) song song véi a thi (a) cling song song v&i b.
Cau 49: Trong cac ménh deé dudi day, ménh dé nao ding?
A. Hai duong thang 1an luot nam trén hai mét phang phén biét thi chéo nhau.
B. Hai dudng thang phéan bi¢t khong song song thi chéo nhau.
C. Hai dudng thang chéo nhau thi khong c¢6 diém chung.
D. Hai duong thang khong c6 dieém chung thi chéo nhau.
Cau 50: Cho tir dién ABCD va ba diém 1, J, K lan luot nam trén cic canh AB, AC, AD ma khong
triing véi céc dinh. Thiét di¢n ctia tir dién ABCD khi cét béi mp(EFG) 1a hinh nao dudi day ?

A. Mot tam giéc. B. Mot tir giac. C. Mot doan thang. D. Mot ngii giac.
Cau 51: Cho céc gia thiét sau ddy. Gia thiét nao két ludn dudng thang a song song véi mat phang (a)
A. allb thi bll(a). B.an(a)=0. C.all(B)thi B)lI(a). D.alldb thi bO(a).

Cau 52: Hay chon phuong 4n Piing dién vao chd trong
“Néu ba mit phing phén biét d6i mot cit nhau theo ba giao tuyén phan biét thi . . . . . .
A. ba giao tuyén dy doi mot song song voi nhau.
B. ba giao tuyén 4y hodc triing nhau hodc d6i mot song song v&i nhau.
C. ba giao tuyén 4y dong quy va déi mot song song véi nhau.
D. ba giao tuyén dy hodc dong quy hodc d6i mot song song véi nhau.
Cau 53: Cho tir dién déu SABC c6 canh bang a . Goi I 1a trung diém cua AB, M 1a diém di dong trén
doan AL Qua M v& mit phing (a) song song voi (SCI). Thiét dién tao béi (a) va tr dién 12 hinh nao
dudi day ?
A. Hinh thoi. B. Tam gi4c déu. C. Tam giac can tai M. D. Hinh binh hanh.
Cau 54: Cho tir dién ABCD va ba diém P,Q,R lan luot 13y trén ba canh AB,CD,BC . Tim giao diém S

ctia AD va mit phang (PQR) , biét PR song song voi AC .
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A. ADn (PQR)=S véi QS || PRI AC.
B. ADn(PQR)=S véi S=ADn PQ.
C. ADn (PQOR)=S véi S=ADn PR.

D. ADn (PQR)=S véi PS|| BD| RQ.

Cau 55: Cho tam gidgc ABC. C6 thé xac dinh dugc bao nhiéu miat phang chira tit ca cic dinh tam gidc
ABC ?

A. 1. B. 3. C.2. D. 4.
Cau 56: Cho tir dién ABCD . Goi I, J va K lan luot 12 trung diém ctia AC, BC vaBD . Giao tuyén cua

hai mat phang ABD Va IJK la
A. 1.

B. KI.
4 C. Puong thang qua K va song song v4i AB.
D
D. KD.

Cau 57: Cho tr dién ABCD va ba diém P,Q,R lan luot léy trén ba canh AB,CD,BC . Tim giao diém S
cia AD vi mit phang (PQR)., biét PR cit AC tai I .
A. ADn(PQR)=S véi S =1Q n AD.

B. ADNn(PQR)=S véi S =ACn IQ.

C. ADn (PQR) =S véi S = AD n PQ.
D. ADn (PQR)=S véi S =RQn AD.

Cau 58: Cho tir dién déu ABCD c6 canh bing a. Goi G 1a trong tim tam gidc ABC . Néu cit tir dign boi
mdt phang (GCD) thi dién tich S cua thiét dién bang bao nhiéu ?

2\/7 aZ\/E
. PR

B. S=

D. S=

2\/_. a2\/§.
4

Cau 59: Cho tir dién déu SABC c6 canh bang a . Goi I 1a trung diém cia AB, M 1a diém di dong trén
doan Al va AM =x . Qua M v€ mét phang (a) song song voi (SCI). Thiét dién tao boi () va tr dién 1a
tam giac can tai M. Tim chu vi P cia thiét dién.

A.P=2x(1+\/§). B.sz(1+\@). C.P=3x(l+\/§). D.P=2x(1+2\6).
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Cau 60: Cho hinh ch6ép S.ABCD v¢i day la tir gidc ABCD c9 cic canh d6i dién khong song song. Gia
st ACn BD=1;AD n BC = 0. Tim giao tuyén cua hai mt phang (SAC) va (SBD).

A. (SAC)n (SBD)=SB. B. (SAC)n (SBD)=SI. C. (SAC)n (SBD)=S0.D. (SAC)n (SBD) = SC.
Cau 61: Trong khong gian cho bbn diém khong dong phing, c6 thé xac dinh nhiéu nhét bao nhiéu mit
phang phan biét tu cac di€m do ?

A. 6. B. 2. C.3. D. 4.
Cau 62: Cho tir dién ABCD . Biém M thudc doan AC . Mit phang (a) qua M song song v&i AB va AD .
Thiét dién ctia (@) véi tr dién ABCD 1a hinh nao duéi day ?

A. Hinh chir nhat. B. Hinh vuong. C. Hinh tam giac. D. Hinh binh hanh.
Céu 63: Ménh dé nao dudi ddy ding ? )

A. Hai duong thang phén biét khong cat nhau thi chéo nhau.

B. Hai dudng thang phan biét khong song song thi chéo nhau.

C. Hai duong thang phén biét cung nam trong mot mat phang thi khong chéo nhau.
D. Hai duong thang phan biét 1an lugt thudc hai mat phang khac nhau thi chéo

Cau 64: Ménh dé nao dudi day diing ?
A.Néu (a)ll(B) va aO(a) thi all(B).
B. Néu all(a) va bll(B) thi al|b.
C.Néu (a)ll(B) va aO(a), bO(p) thi allb.
D.Néu allb va aO(a), pO(B) thi
Cau 65: Cho tir dién ABCD,G la trong tim ctia tam gisc ABD. Trén BC liy diém M sao cho

MB =2MC. Khang dinh nao dudi diy diing ?

A. MG || (ACB). B. MG || (ABD). C. MG||(BCD). D. MG || (ACD).
Cau 66: Cho hai duong thang phin biét cling nam trong mot mit phiang. C6 bao nhiéu vi tri tuong d6i
giita hai duong thang d6?

A. 4. B. 3. C. 1. D. 2.
Cau 67: Cho hinh ling tru ABC.A'B'C'. Goi I, J, K lan luot 13 trong tim cua cic tam gidc ABC,
ACC', A'B'C'. Mit phang nao sau ddy song song v&i mit phang (IJK ) ?(tham khéo hinh v&)

A’ c’ A. (ABC). B. (BB'C').

C. (A'BC)). D. (AA'C).

Cau 68: Cho lang try ding ABC.A'B'C' ¢6 G, G' lan luot 1a trong tdm cta hai tam gidc ABC va
A'B'C'. Thiét dién tao bai mit phang (AGG') vGi hinh lang try da cho 1a hinh nao duédi day ? (tham
khao hinh v¢)

A. Hinh chir nhét. B. Tam giac can.

C. Tam giac vudng. D. Hinh vudng.
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Cau 69: Cho ttr dién ABCD. Goi I, J va K lan luot 12 trung diém ctia AC, BC va BD. Xac dinh giao
tuyén ciia hai mat phing (ABD) va (IKJ). (tham khéo hinh v&)
A. Puong thing KJ.

B. Puong thang KI.
C. Puong thang 1J.

D. Duong thiang A qua K va song song vGi AB.

Cau 70: Cho tir dién ABCD. Piém M thudc doan BC. Mit phang (0’) qua M song song voi AB va
CD. Thiét dién cta (&) véi tr dién ABCD 1a hinh nao dudi ddy? (tham khdo hinh v&).
A. Hinh thang. B. Hinh binh hanh.

C. Hinh ngii gidc. D. Hinh tam giéc.

Cau 71: Trong céc gia thiét dudi ddy. Gia thiét nao két luan duong thang a song song voi mit phang
(a)?
A. allb va bO(a). B. all(B) va (B)lI(a).
C. allb va bll(a). D. an(a)=0.
Cau 72: Cho hinh chép S.ABCD c6 ddy ABCDIa hinh binh hanh. Piém M théa mén MA =3MB. Mit
phing (P) qua M va song song v6i SC, BD. Ménh dé nao sau day diing?
A. (P) céthinh chép theo thiét dién 12 mot ngil gidc.
B. (P) cat hinh chép theo thiét di¢n 12 mot tam gic.
C. (P) cét hinh chép theo thiét dién la mot tir gidc.
D. (P) khong cat hinh chép.
Cau 73: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tim O, [ 1a trung diém canh SC.
Khing dinh nao duéi day sai?(tham khao hinh v&)
A. Mit phang (IBD) cat hinh chép S.ABCD theo thiét dién 1a mot
tr giac.
B. Puong thang IO song song vGi mit phang (SAD).
C. DPuong thang 10 song song v&i mit phing (SAB).

D. Giao tuyén cta hai mat phang (IBD) va (SAC ) la 10.

Cau 74: Cho hai duong thang phan biét a va b trong khong gian. C6 bao nhiéu vi tri twong ddi gitta a
va b?

A. 3. B. 4. C. 2. D. 1.
Cau 75: Cho hai duong théng chéo nhau a va b. Léy A, B thuoc a va C, D thudc b. thmg dinh nao
dudi day diing khi néi vé vi tri tuong ddi giita hai dudng thang AD va BC?
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A. Chéo nhau. B. Cit nhau. ,

C. Song song v6i nhau. D. C6 thé song song hodc cat nhau.
Cau 76: Cho hai duong thang phan biét a,» va mit phang (). Gid sir allb, bl|(a). Ménh dé nao dudi
day ding ?

A. al| (0’) hoac a J (0’). B. a O (0’).

C. a cit (a). D. all(a').
Cau 77: Trong khong gian, khang dinh nao dudi day sai ? o i

A. Néu ba mat phang phan biét cat nhau theo ba giao tuyén thi ba giao tuyén ay hodc dong quy hoac
d6i mot song song. 7 ) 7 7

B. Cho hai duong thang chéo nhau. C6 duy nhat mot mat phang chira duong thang nay va song song
voi duong thang. kia. q

C. Hai dudng thang phén biét cing vudng géc véi mot duong thang thi song song v6i nhau.

D. Hai mat phang phan bi¢t cung vuéng géc voi mot duong thang thi song song véi nhau.
Cau 78: Cho hinh chép S.ABCD c6 diay ABCD 12 hinh binh hanh timO. Goi M , N, K 1an luot 13 trung
diém ctia CD,CB, SA. Thiét dién ctia hinh chép cat boi mat phang (MNK) 1a mét da gide (H). Khang
dinh nao dudi ddy diing ?

A. (H) 1a mot tam gidc. B. (H) 1a mét ngii gidc.

C. (H) 1a mdt hinh binh hanh. D. (H) 1a m¢t hinh thang.
Cau 79: Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Khang dinh nio dudi day ding khi néi vé
giao tuyén ciia (SAB) va (SCD) ?

A. Puong thang qua S va song song véi AD.  B.Puong SO véi O 12 tim hinh binh hanh.

C. buong thang qua S va song song voi CD.  D. Duong thing qua S vacit AB.
Cau 80: Cho hai duong thang phan biét @, b va mit phang (). Gia sir all (@) va bll(@). Ménh d nao
sau day ding?

A. a va b khong c6 diém chung.

B. a va b chéo nhau.

C. a va b hoac song song hodc chéo nhau.

D. a va b hoic song song hodc chéo nhau hodc cit nhau.
Cau 81: Ménh d¢ nao dudi day diing ? o 7 ‘

A. Néu hai mat phang song song thi moi duong thang nam trén mat phang nay déu song song v6i moi
duong thang nam trén mat phang kia. 7

B. Néu hai mét phang cung song song véi mot dudong thang thi song song vdi nhau.

C. Néu hai mit phang (P) va (Q) lan luot chira hai duong thang song song thi song song véi nhau.

D. Néu hai miat phiang phan biét khong song song thi cat nhau.
Cau 82: Cac yéu t6 nao sau ddy xdc dinh mot mat phing duy nl}ét?

A. Ba diém phén biét. B. Bon di€m phan biét. 7

C. Hai duong thang cat nhau. D. Mot diém va mot duong thang.
Cau 83: Cho hinh lang tru tam gidc ABC.A'B'C'". Goi I, J lan luot la trong tim ctia cac tam gidc ABC
va A'B'C'. Xéc dinh hinh dang thiét dién tao bdi mit phing (ALJ) véi hinh ling try (tham khdo hinh
bén)
A. Hinh binh hanh

B. Hinh tam giic vudng.
C. Hinh thang.

D. Hinh tam giic cén
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Cau 84: Cho hai duong thiang a va b chéo nhau. C6 bao nhiéu mit phang chtra a va song song voi b ?

A. 3. B. 1. C. 2. D. 0.
Cau 85: Cho tir dién ABCD. Goi G va E lan luot 1a trong tam cua tam giac ABD va ABC. Ménh dé
nao dudi day ding ?

A. GE cit CD. B. GE//CD.

C. GE va CD chéo nhau. D. GE cat AD.
Cau 86: Ménh dé nao dudi day diing ?

A. Néu hai dudng thang song song véi nhau 1an luot nam trong hai mit phang phén biét (0’) va ( ,8)
thi (a) va (,8) song song v&i nhau.

B. Qua mot diém nam ngoai mat phang cho trudc ta v& dugc mot va chi mot dudng thiang song song
v&i mdt phang cho trudce do.

C. Néu hai mit phang (a ) Vé( B ) song song v&i nhau thi moi dudng thang nim trong (a ) déu song
song voi ( ,8)

D. Néu hai mit phing (a ) va ( ,8) song song v4i nhau thi moi dudng thang nam trong (a ) déu song
song v&i moi dudng thing nam trong ( ,3)
Cau 87: Cho hai duong thing a va b. Diéu kién nao sau ddy du dé két luan a va b chéo nhau?

A. a va b khong c6 diém chung.

B. a va b khong cling nam trén bat ki mit phang nao.

C. a va b nam trén 2 mit phang phén biét.

D. a va b la hai canh cua mot hinh tir dién.
Cau 88: Cho hinh chép S.ABCD c¢6 ddy ABCD 1 hinh binh hanh. Gia sit M thudc doan thing SB. Mit
phang (ADM) cét hinh chép S.ABCD theo thiét dién 1a hinh nao duéi day ? (tham khao hinh v&)

A. Hinh thang. B. Hinh tam giac.

C. Hinh binh hanh. D. Hinh chi nhit.

Cau 89: Cho hinh tir dién ABCD c6 M, N lan luot 13 trung diém cia AB, BD. Cac diém G, H lan
lugt trén canh AC, CD sao cho NH cit MG tai I . Khéng dinh nao dudi day ding?

A. B, G, H thing hang. B. A, C, I thing hang.

C. N, G, H thang hang. D. B, C, I thang hang.
Cau 90: Trong khong gian, khang dinh nao dudi day sai ?

A. Hai mit phang ‘phan biét cung vudng goc voi mot duong thing thi song song voi nhau.

B. Néu ba mit phang cit nhau theo ba giao tuyén phan biét thi bao giao tuyén ay hodc dong quy hoic
doi mot song song v4i nhau.

C. Hai dudng thing phan biét ciing vudng géc véi mot duong thang thi song song véi nhau.

D. Cho hai duong thang chéo nhau. C6 duy nhat mot mit phiang chira dudng thang niy va song song
v6i dudng thang kia.
Cau 91: Cho lang try ding ABC.A'B'C'. Goi M , N lan luot 13 trung diém cua A'B' va CC'. Ménh dé
nao dudi day ding ?

A. CB'||A'N. B. CB'||(BC'M). C. CB'||[(AC'M). D. CB'|| AM.

Cau 92: Cit hinh chép tir gidc boi mit phang vudng géc voi duong cao cia hinh chép thiét dién 1a hinh
gi?

A. Mot hinh binh hanh. B. Mot hinh tam gide.  C. Mt ngii giac. D. M4t hinh tr giac.
Cau 93: Trong khong gian cho bdn diém khong dong phang, c6 thé xac dinh nhiéu nhat bao nhiéu mat
phang phan biét tir cac diem d6?
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A.3. B. 6. C. 4. D. 5.
Cau 94: Cho tam gidc ABC, ldy diém I trén canh AC kéo dai. Ménh dé nao dudi ddy 1a sai?
A. BI O(ABC). B. I0(ABC). C. AO(BIC). D. CI O(ABC).

Cau 95: Ménh dé nao dudi ddy sai ?

A. Hai mit day cta hinh ldng tru nam trén hai mit phang song song.

B. Hai day cua lang tru 12 hai da gidc déu.

C. Hinh lang tru c¢6 cic canh bén song song va bang nhau.

D. Cac mit bén cua lang tru l1a cic hinh binh hanh.
Cau 96: Cho hinh 14p phuong ABCD.A'B'C'D'. C6 bao nhiéu canh cua hinh 1ap phuong chéo nhau véi
duong chéo AC' cua hinh 1ap phuong?(tham khao hinh v&)

A, r
3 B A. 4. B. 6.
P ¢
! C.7. D.o.
43,:1::: ,,,,,,,,,,,,,,,, B
it
Cau 97: Khdi chép déu S.ABCD c6 mit ddy ABCD 14 hinh nao dudi ddy ?
A. Hinh chir nhét. B. Hinh thoi. C. Hinh binh hanh. D. Hinh vudng.

Cau 98: Cho dudng thing a va mit phang (P) trong khong gian. C6 bao nhiéu vi tri trong d6i ciia a va
(P)?
A. 2. B. 3. C. 1. D. 4.

Cau 99: Cho hinh chép tir gidc S.ABCD. Goi M va N lan luot 12 trung diém cta SA va SC. Khing
dinh nao dudi day ding?

A. MN || (SCD). B. MN||(SAB). C. MN||(ABCD). D. MN ||(SBC).
Cau 100: Cho hinh ling tru ABC.A B,C,. Khang dinh nao duéi day sai?

A. AA ||(BCC). B. (ABC)|I(ABC,).

C. AB|I(ABC,). D. AA BB 1a hinh chit nhat.

Cau 101: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tdim O. Goi M 1a diém thudc canh
SA (khdng tring v6i S, A). Goi (P) 1a mit phing qua OM va song song véi AD. Thiét dién ctia hinh
chép khi cit boi mp (P) 12 hinh nao dudi day ? (tham khao hinh v&)

A. Hinh chitr nhat. B. Hinh binh hanh.

C. Hinh thang. D. Hinh tam giéc.

Céu 102: Cho tir dién ABCD. Goi I, J lan lugt thudc canh AD, BC sao cho IA=21ID va JB=2JC.
Goi (P) 1a mat phang qua IJ va song song véi AB. Thiét dién ciia tir dién ABCD khi cit bsi (P) hinh
nao dudi day ? (tham khao hinh v&)

42
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A. Hinh tam gidc. B. Hinh binh hanh.

C. Hinh thang. D. Tam giac déu.

Cau 103: Cho tir dién ABCD. Piém M thudc doan BC. Mit phang (0’) qua M song song v&i AB va
CD. Thiét dién cta (&) véi tr dién ABCD 1a hinh nao dudi ddy? (tham khdo hinh v&).

A. Hinh tam gidc. B. Hinh chir nhét.

C. Hinh ngii gidc.  D. Hinh binh hanh.

Cau 104: Cho hinh ling tru ABC.A'B'C". Goi H la trung diém cia A'B'. Puong thang B'C song song
v&i mdt phang nao dudi day? (tham khao hinh v€)

A C

A. (AHC)). B. (AAH).

C. (HAB). D. (HA'C).

B’

Cau 105: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh, M va N 1a hai diém trén SA, SB

sao cho SS—AZ = ‘;—1;’ = % Vi trf twong déi gitta MN va (ABCD). Khang dinh nao duéi day diing ?
A. MN song song mp (ABCD). B. MN cat mp (ABCD).
C. MN nam trén mp (ABCD). D. MN va mp (ABCD) chéo nhau.
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MOT SO PE ON KIEM TRA MOT TIET

PE 1
I. Phan tric nghiém
Cau 1: Hay chon phuong 4n Ping dién vao chd tréng «....”".
“Néu ba mit phéng phan biét d6i mot cit nhau theo ba giao tuyén phan biét thi . . . . ..
A. ba giao tuyen ay dong quy va doi mét song song vdi nhau.
B. ba giao tuyen ay hodc dong quy hodc d6i mot song song voi nhau.
C. ba giao tuyen ay doi mot song song voi nhau.
D. ba giao tuyén 4y hoc tring nhau hogc d6i mot song song véi nhau.

Cau 2: Cho tir dién ABCD. Goi M, N lan luot 1a trung diém cic canh AB va AC . Goi d 14 giao tuyén cia
hai mat phang (DMN) va (DBC). Ménh d¢ nao dudi diy ding ?

A. d//(ACD). B. d//(ABC). C. d//(ABD). D. d //(ABCD).
Cau 3: Cho hai duong thang a va b chéo nhau. C6 bao nhiéu mat phfmg chura a va song song véi b?

A. Ba mat phang. B. Hai mat phang.

C. Mot mat phang. D. Khéng c6 mat phang nao.

Cau 4: Trong cac hinh dudi ddy, hinh nao 13 hinh biéu dién ctia mot tir dién ?

> Lo >

A. Hinh a) va c). B. Hinh b) va d). C Hinh a) D. Hinh a) , b) va d).
Cau 5: Cho tir dién ABCD va ba diém P,Q,R lan luot liy trén ba canh AB,CD, BC. Tim giao diém §

cta AD va mit phang (PQR), biét PR cit AC tai I (nhu hinh v&).
A. ADn (PQR)=S véi S =10 n AD.

B. ADn (PQR)=S véi S =ACn IQ.
C. ADn (PQR)=S véi S=ADn PQ.

D. ADn (PQR)=S v6i S =RQn AD.

Cau 6: Cho tir dién ABCD. Goi M, N lan lugt 13 trung diém ctia AB va AC , E 1a diém trén canh CD véi
ED =3EC (nhu hinh v&). Tim thiét dién clia t& dién ABCDkhi cit bdi mit phing (MNE).
A. TG gidc MNEF véi F 1a diém bat ki trén BD.

B. Hinh binh hanh MNEF véi F 1a diém trén canh BD ma
EF //BC.

? b C. Tam gidc MNE.

£ D. Hinh thang MNEF véi F 1a diém trén canh BD ma EF //BC.

C
Cau 7: Cho tam giac BCD va diém A khong thugc mat phéng (QCD). Goi K la trung diém cua doan AD
va G la trong tam cua tam gidc ABC (nhu hinh v€). Tim giao diém cua dudng thang GK v&i mat phang
(BCD).
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A
JZNN A. GK n (BCD)=L. B. GK n (BCD) = B.
N TN C. GK n (BCD) =G. D. GK n (BCD) =1.
=] - | - - - },\D
,>_'_. :.: L - '\dl": P -~
= <,

Cau 8: Cho hai duong thang phan biét cling nam trong mdt mat phang. C6 bao nhiéu vi tri twong doi giira
hai duong thang d6 ?

A.2. B. 4. C.3. D. 1.
Cau 9: Cho t&r dién ABCD. Goi M, N lan luot 1a trung diém cac canh AD va BC; G 1a trong tdm cua tam
gidc BCD . Tim giao diém cia duong thang MG va mat phang (ABC )

A. MG n (ABC)=C. B. MG n (ABC) =N.

C. MG n (ABC)=H v6i H=MG n BC. D. MG n (ABC) =K v6i K =MG n AN.

Cau IQ: Cho hinh chép S.ABCD c6 ddy ABCD 1 hinh thang va BA 1a ddy 1én. Tim giao tuyén cua hai
mat phang (SAD) va (SBC).

A. (SAD)n (SBC)=A vé6i SOA,A//AD. B. (SAD)n (SBC)=SE v6i E=ADn BC.

C. (SAD)n (SBC)=d v¢6i SUd,d//AB. D. (SAD) n (SBC) = SO v6i E=ACn BD.

IL Phin ty luin

Bai 1. Cho hinh chép S.ABCD c6 ddy 1a hinh binh hanhABCD. Goi G la trong tdm cua tam gidc SAB va [
1a trung diém cta AB. LAy M trén doan AD sao cho AD =3AM .

a/. Tim giao tuyén ctia hai mit phang (SAD) va (SBC).

b/. Pudng thang qua M va song song v6i AB cat CI tai N. Chimng minh rang NG/ /(SCD) .

Bai 2. Cho ttr dién ABCD. Trén AB lay diém M. Cho (a)1a mit phang qua M, song song v6i hai dudng
thang AC va BD.

a/. Tim giao diém ctia dudong thang SD va mit phang (a).

b/ Xac dinh thiét dién cta tir dién cit boi mat phang (), thiét dién 12 hinh gi?

DE 2

I. Phan tric nghiém
Cau 1: Trong khong gian, c6 bao nhiéu cich xac dinh mot mit phing ?

A. 1. B. 4. C.3. D. 2.
Cau 2: Trong cac hinh sau dy, hinh nao biéu dién cho hinh lap phuong ?

a) ) g
A. Hinh a). B. Hinh a) va ¢).
C. Hinh b). D. Hinh ¢) va b).
Cau 3: Cho tir dién ABCD. Goi M, N lan luot 1a trung diém céc canh AB va AC . Ménh dé nao dudi day
ding ?
A. MN cit (BCD). B. MN khong song song (BCD).
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C. MN / /(BCD). D. MN nam trong (BCD).

Cau 4: Cho hinh chép S.ABCD c6 day ABCD la hinh thang va BA 1a ddy 16n. Goi M, N theo thir ty 1a
trung diém cua canh SB va SC . Thi€t dién cta hinh chép S.ABCD cat boi mat phang (AMN) 1a hinh gi ?

S

> A. Hinh thang. B. Hinh chit nhat.
C. Hinh binh hanh. D. Hinh tam giéc.

Cau 5: Cho tir dién ABCD va ba diém P,Q,R lan luot iy trén ba canh AB,CD, BC. Tim giao diém S
ctia AD va mit phang (PQR) , biét PR song song voi AC .
A. ADn (PQOR)=S v6i QS //PR//AC.
B. ADn (PQR)=S véi S=ADn PQ.
C. ADn (PQR)=S véi S=ADn PR.
(POR) =S vé6i PS//BD//RQ.

Cau 6: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N, P theo thir ty 12 trung diém
céc doan thang SA, BC,CD . Goi O 1 giao diém cuia hai dudng chéo ciia hinh binh hanh ABCD (nhu hinh
v&). Xdc dinh giao diém I cua dudng thing SO véi mit phing (MNP).

A. I1=5S0n NP. B. I=S0nMH.

C. I1=S0n MP. D. I =SOn MN.

Cau 7: Cho hinh chép S.ABCD c6 déy la tir gidc ABCD va céc canh dbi dién khong song song. Gia sir
ACn BD=1;AD n BC = 0. Tim giao tuyén cua hai mdt phang (SAC) va (SBD).

A. (SAC) n (SBD) = SB. B. (SAC) n (SBD) = SC.
C. (SAC) n (SBD) = SO. D. (SAC) n (SBD) =

Cau 8: Cho hai duong thang a va b. Diéu kién nao dudi day du dé két ludn a va b chéo nhau?
A. a va b khong co diém chung B. a va b nam trén hai mat phang phan biét.

C. a va b khong nam trén bt ki mit phang nao. D. ava b la hai canh cua mot tir dién.
Cau 9: Cho hinh chép S.ABCD c6 déy 1a hinh binh hanh. Goi I, J lan luot 14 trung diém ctia AB va
CB. Giao tuyén ciia hai mat phang (SAB) va (SCD)la duong thing song song vdi dudng thing nao dudi
day ?

A.Puong thang IJ.  B.Puong thang BJ. C.Puong thing AD.  D. Pudng thang BI.
Cau 10: Trong céc gia thiét dudi day, gia thiét nao két ludn vé dudng thang a song song véi mit phang
(a)?

A.an(a)=0. B. al/lbvabl/(a). C.al//bvabO(a). D.all(B)yva (B)//(a).
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IL. Phin ty luan

Bai 1. Cho tir dién ABCD. Goi M,N, P lan luot 1a trung diém ctia cic canh AB, CD, AN va G 1a trung
diém cua doan MN.

a/ Tim giao diém cta duong thang AG va mat phang (BCD).

b/ Chting minh rang MP song song véi mat phiang (BCD).

Bai 2. Cho hinh chép S.ABCD c6 diay ABCD 1a hinh thang (AB 14 ddy 16n). Goi M, N lan luot 1a trung
diém ctia SB va SC.

a/ Tim giao diém cua duong thang AN véi mat phang (SBD).

b/ Goi (@) 1a mat phang qua MN va song song véi CD. Xéc dinh thiét dién cuia hinh chép cat boi mat
phing (a).

pé3

I. Phén tric nghi¢ém
Cau 1: Ménh d€ nao sau day dang? i
A. Qua ba di{em xac dinh mot va chj mot mdt phang. i
B. Qua ba diém phén biét khong thang hang xac dinh mgt va chi mgt mat phang.
C. Quaba di@m phan biét xac dinh mét va chi mQt médt phang. 7
D. Qua ba diém phan biét khong thang hang xac dinh hai mat phang phan biét.
Cau 2: Cho hinh chép S.ABCDc6 day la hinh binh hanh. GoiFE,Flan luot thudc SA,SBsao
cho SA = 4SE, SB = 4SF.Khi d6, vi trf twong ddi gitra EF va(ABCD) 1a:
A. EF C (ABCD). B. EF cat(ABCD). C. EF chéoCD. D. EF//(ABCD).

Cau 3: Cho hinh chép S.ABCD, day la hinh binh hanh. Goi M, N lan luot 13 trung diém cia SA va SC.
Khing dinh nio sau day diing?
A. MN//(ABCD). B. MN//(SAB). C. MN//(SCD). D. MN//(SBC).

Cau 4: Cho hinh chép S.ABCDc6 diay ABCD 1a hinh vudng. Ldy M €SA,Ne€SB sao cho
M = SN = 2 . Tim ménh d& diing:
SA  SB 3
A. MN/[CD. B. MN//(SAD). C. MN//AD. D. MN//(SBC).
Cau 5: Cho t&t dién ABCD . Goi M, N lan luot 1a trung diém cua céc canh AD,BC; G 1a trong tim tam
gidc BCD . Giao diém ciia dudng thaing MG va mit phang (ABC ) la:
A. Giao diém ciia dudng thang MG va dudng thang BC. B. Piém C.
C. Giao diém cua duong thang MG va duong thang AN. D. biém N.
Cau 6: Trong cac ménh dé sau ménh dé nao sai?

A. Hinh biéu dién cta hai duong cét nhau c6 thé 13 hai dudng song song.

B. Diing nét dut biéu dién cho dudng bi che khuit.

C. Hinh biéu dién phai giit nguyén quan hé thudc giita diém va duong thing.

D. Hinh biéu dién ctia duong thing 1a duong thang.
Cau 7: Cho tir dién ABCD . Goi 1,J,K lan luot 1a trung diém cua AC,BC,BD. Giao tuyén cua hai mat
phang (ABD) va (KJI) 1a

A. KD. B. Puong thiang qua K va song song vdi AB

C. Khong c6. D. KI.
Cau 8: Cho hinh chép S.ABCD c6 day 1 hinh thoi tim O, goi M la trung diém ctaSA, goi E 1a trung
diém cua CD va I 1a giao diém ctia AD va BE . Khi d6 giao tuyén ctia mp(SAD) va mp(MEB)la:

A. Puong thiang qua S va // AD ,// BC. B. Dudng thing SI.

C. Puong thang MI. D. Pudng thang qua M va // AB, // BC.
Cau 9: Tim ménh dé sai:

A. Hai duong thang cling chira trong 1 mit phang va khong c6 diém chung thi song song véi nhau.

B. Hai duong thang phéan biét khong cét nhau va khong song song thi chéo nhau.
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C. Hai duong thang cling chira trong 1 mit phang néu khong song song thi cit nhau hodc tring nhau.
D. Hai duong thang chéo nhau ciing chira trong 1 mat phang
Cau 10: Cho tir dién ABCD . Goi M, N lan luot 1a trung diém cua AB va AC , E 1a diém trén canh CD véi

ED =3EC.Thiét dién cta tr dién ABCD khi cét boi mit phang (MNE)1a hinh gi?
A. Hinh thang. B. Hinh binh hanh. C. Hinh ngti giac. D. Hinh tam giéc.

IL Phin ty luin
Bai 1: Cho to dién ABCD c6 I va J lan lugt la trung diém AC va BC. K thudc BD sao cho KD < KB.

a/ Chtrng minh: 1J // (DAB).

b/ Tim giao diém giira duong thing AD va mit phéng([JK )

Bai 2: Cho hinh chép S.ABCD, ddy ABCD 1a hinh thang cdn ¢6 AD khong song song v6i BC. Goi M la
trung diém ctia AD va ()la mit phdng qua M , song song v6iSA va BD.

a/ Tim giao tuyén gitta 2 mit phang (SAB) Vé(SDC )

b/ Xéc dinh thiét dién ctia hinh chép S.ABCD khi cit béi mit phang («).

DE 4

I. Phan tric nghiém
Cau 1: Cic yéu td nao sau ddy xdc dinh mot mat phiang duy nhat?

A. Ba diém phén biét khong thang hang. B. Bon diém. 7
C. Hai duong thang chéo nhau. D. Mot diem va mot duong thang.
Cau 2: Cho dudng thing @ nim trong mp(a) va duong thing b ¢ mp(a) Ménh d¢ nao sau day diing ?
A.Néu b cit (a) thi b cit a. B. Néu b//a thi b// ().
C.Néu b cit (a) thi b chéo a. D. Néu b//(c) thi b//fa.

Cau 3: Cho to dién ABCD.GoiM,N lan luot 1a trung diém cua canh AC, AD; G la trong tam ABCD .Khi
d6 giao tuyén cﬁa(BMN ) va (GCD) la:

A. Puong thangd quaG vad// CD. B. Puong thangd qua B vad// CD.
C. Puong thang BK véi K = MN NCD. D. Puong thang BG.
Cau 4: Cho hai dudng thiang a va bchéo nhau. C6 bao nhidu mat phang chtra a va song song véi b?
A. 2. B. Khoéng c6 mat phang nao.
C. 1. D. Vo so.
Cau 5: Cho hinh ch6ép S.ABCD day 14 hinh thoi tim O.Goi P 1a trung diém SC. Ménh dé nao diing:
A. POJ/(SAC). B. PO//(SBD). C. PO//(SAB). D. POJ/(SCD).

Cau 6: Cho hinh chép S.ABCD déy 13 hinh binh hanh. Ly M € SB: % = % G latrong tam AABC .

Tim ménh dé ding:

A. MG//(SAC). B. MG//(SAD). C. MG//SC. D. MG//SA.
Cau 7: Cho hinh chép S.ABCD. Pay ABCD la hinh binh hanh. Gia sit M thudc doan SC .Mit phang
(ABM)ct hinh chép S.ABCD theo thiét dién 1a hinh gi?

A. Hinh binh hanh. B. Tam giic C. Hinh chit nhat. D. Hinh thang.
Cau 8: Cho t& dién ABCD Goil,J lan luot 1a trung diém cta AD,BC.Giao tuyén cta hai mat
phang (IBC)va(JAD) la dudng thing ndo sau day?
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A. . B. AB. C. IB. D. JD.
Cau 9: Cho hinh chép S.ABCDc6 diy 1a hinh binh hanh. GoiM,N,Klan luot 1a trung diém
cua BC,DC,SB.Giao diém cua MN va(SAK ) 1a giao diém ctia MN véi duong thing nio sau day?

A. AD. B. SK. C. AK. D. AB.
Cau 10: Cho hinh chép S.ABCDcé ddy ABCD la hinh binh hanh. Xac dinh giao tuyén ciia mit phang
(SAD) va (SBC).

A.Piém S0,0=AC n BD.

B. Buong th%ng bat ky song song voi BC.

C. Dudng thang di qua S va song song v6i AD , BC.

D. Pudng thang bat ky song song véi AD.

IL Phin ty luin ‘ 7
Bai 1: Cho tor dién ABCD c6 I va J lan luogt la trung diém AC va CD. K thudc BD sao cho KD > KB.
a/ Chimg minh: J//(DAB).

b/ Tim giao diém giira duong thing AB va mit phéng([JK )

Bai 2: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tdim O. GoiM, N, P theo thu tu 1a trung
diém cua céc doan théng SA,BC,CD.

a/ Tim giao tuyén 2 mat phfmg(SAB) va (SCD).

b/ Tim thiét dién hinh chép cat boi (MNP).
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PAP AN
CHUONG II. PUONG THANG VA MAT PHANG TRONG KHONG GIAN
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