SO GD&DPT HA NOI PE CUONG ON TAPHOQCKi I
TRUONG THPT VAN NOI MON: TOAN - KHOI 11
TO: TOAN - TIN NAM HOQC: 2026-2027
A.NOI DUNG ON TAP
Chuong I. Ham sb lwong gidc va phwong trinh hrgng giac
e @Gia tri luong gidc cla goc lugng giac
e (Cong thirc lugng giac
e Ham sé luong giac
e Phuong trinh lugng giac co ban
Chuong II. Diy sb. CAp sb cong va cip s6 nhan
e Diysb
e Cép sd cong
e CAp s6 nhan
Chuong III. Céc sé diic trung do xu thé trung tim ciia miu s6 li¢u ghép nhom
e Mau s liéu ghép nhom
e Céc s6 dic trung do xu thé trung tdm
Chuwong IV. Quan hé song song trong khong gian
e DPuodng thang va mit phang trong khong gian
e Hai duong thang song song
e Puodng thiang va mit phang song song
e Hai mit phang song song
e Phép chiéu song song
Chuong V. Giéi han. Ham s lién tuc
e gidi han cia day sb
e Gi6i han ciia ham sb
e Ham sd lién tuc.
B. CAC BAI TAP THAM KHAO
CHUONG I: HAM SO LUONG GIAC VA PHUONG TRINH LUQNG GIAC
BAI 1: GIA TRI LUQNG GIAC CUA GOC LUQNG GIAC
PHAN 1. TRAC NGHIEM 4 PHUONG AN

, , \ . . hY/4 v K A} A 2 \ ’ 13
Cau 1: Néu mot cung tron c6 so6 do bang radian la 1 thi s0 do bang do cua cung tron d6 la

A. 172°. B. 15°. C. 225°. D. 5°.
Cau 2: Goc co s6 do 108°ddi ra radian 1a
A Z B. . c 3z p. ~.
5 10 2 4

Cau 3: Goc co sd do gdéi sang do la

A 15°. B. 18°. C. 20°, D. 25°
Ciu 4: Doi sang radian goc c6 s6 do 108° ta duge
AL B. = c.’”. D. "
4 i 10 2 5
Cau 5: Tim ménh de dang.
A. ﬁmd:(@j. B. 7rad =1°. C.7rad=60°.  D.zrad=180°.
7T
Cau 6: S do radian cua goc 135° 1a
V/d 3 2 /4
A. —. B. —. C. —. D. —.
6 4 3 2
Cau 7: Cung cé s6 do ?7[ rad d6i sang don vi d6 bang
A. 300°. B. 5°. C. 600°. D. 270°.
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. 3 .
Cau 8: Goc co so do —% ¢6 s0 do theo d0 1a
A. 33°45". B. —29°30"'. C. —32°55". D. —33°45".

. . Sz . .
Cau 9: Néu mot géc c6 so do Emd thi s0 do cua goc do khi d6i sang don vi d9, phit, giay la

A. 45°. B. 75°. C. 55°. D. 65°.
Cau 10: Mot dudng tron c6 ban kinh R =10cm . Do dai cung 40° trén duong tron gan bang:

A. 7cm. B. 9cm. C. llem. D. 13cm.
Céu 11: Cho dudng tron c6 ban kinh bang 9(cm). Tim s6 do (theo radian) cia cung c6 d6 dai 37(cm).

AT B. 2% c.Zz D.~.

3 3 4 6
Cau 12: Mot dudng tron c¢6 ban kinh R=12cm . Tinh d6 dai ctua cung 60° trén duong tron gan bang
A. 2cm. B. 4cm . C. 6.28cm. D. 12.56cm.

PHAN 2. TRAC NGHIEM PUNG SAI

A p . cr e 1y \ ., . e 1 y. T s
Cau 13: Tinh duoc cac gia tri lwong giac con lai cua goc x , biét: cosx=— védi 0<x< 5 Khi do:

Ji5

1
a) sinx <0 b) sinx=—-—— ¢) tanx =+/15 d) cotx=——+=
4 V15

Cau 14: Biéu dién cac goc luong gidc co sé do sau day trén dudng tron lwong gidc. Khi do:
a) Diém biéu dién cuia goc lwong giac co s6 do 218 1a diém M thude goc phan tu thir I cia dudng
tron lugng gidc thod man AOM =218’
b) Diém biéu dién ciia goc luong gidc c¢6 sb do —405" 1a diém N thude goc phan tu thir IV cia dudng
tron lugng gidc thod man AON = —45°

-2 A . .o K 257 s A X , , \
¢) biém bicu dien cua goc lugng gidc co so do 1 la diém P thudc goéc phan tu thi I cia duong

— T

tron lugng giac thoa man AOP = 1
.2 SR x L, sz 157 . ... n R \ .,
d) Biém biéu dién cuia goc luong giac co so6 do - la diém Q(0;—1) thudc duong tron lwgng giac

thoa man A/O\Q = —%

PHAN 3. TU LUAN
Cau 15: Trong hinh v€& bén, ta xem hinh anh dudng tron trén mot banh 1ai tau thuy tuong ung voi mot duong
tron luong giac.

Viét cong thirc tong quat biéu dién goc luong gidc (OB,0A) theo don

Cau 16: Mot chiéc quat tran nim canh quay véi toc dd 45 vong trong mét phut. Chon chiéu quay cua quat 1a
chiéu thuan. Sau 3 gidy, quat quay dugc mot goc c6 sé do bao nhiéu radian?

Cau 17: Kim phiit va kim gio ctia dong ho 16n nha Buu dién Thanh phd Ha Noi theo thir tu dai 1,75m va 1,26m
. Hoi trong 15 phut, miii kim phtt vach nén cung tron c6 d6 dai bao nhiéu? Ciing cau hoi d6 cho kim
gio.

Cau 18: Huyén li Quan Ba tinh Ha Giang va huyén li Cai Nudc tinh Ca Mau cting ndm & 105° kinh déng, nhung
Quan Ba ¢ 23°vi béc, Cai Nude & vi do 9° bic. Hay tinh d6 dai cta cung kinh tuyén ndi hai huyén i
d6 (khoang cach theo duong chim bay), coi Trai Dat c6 ban kinh 6278km .
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Céu 19: Mot banh xe c6 72 rang. S6 do goc ma banh xe di quay dugc khi di chuyén 10 rang 1 bao nhiéu?

Cau 20: Mot cai dong ho treo tuong c6 duong kinh bang 60 cm , ta xem vanh ngoai chiéc dong ho 1a mot dudng

tron vai cac diém A4, B,C lan lugt tuong ing véi vi tri cac s6 2,9,4.

Tinh d6 dai cac cung nhé 4B va AC (két qua tinh theo don vi centimét va lam tron dén hang phan

tram).

i

o

e T % el
Cau 21: Mot v¢ tinh dugce dinh vi tai vi tri 4 trong khong gian. Tu vi tri 4, v€ tinh bat dau chuyén dong
quanh Trai Pat theo quy dao 1a dudng tron vdi tdm la tam (O cta Trai Dat. Gia sir v€ tinh chuyén

dong hét mot vong ciia quy dao trong 2 theo chidu kim ddng hd. Khi vé tinh chuyén dong duge 37

, ban kinh ciia vong quay quét mot goc luong giac co s6 do bang bao nhiéu? (Tinh theo don vi radian),

kim phut di dugc 1a bao nhiéu?

‘ ’ BAI 2: CONG THUC LUQNG GIAC
PHAN 1. TRAC NGHIEM 4 PHUONG AN

Cau 1: Tinh sin105° ta dugc:
Vo2 A 42

B. D.——.
4 4 4 4
Cau 2: Tinh tan105° ta dugc:
A. —(2+43). B. 2+4/3. C. 23, D. —-(2-3).
Ciu 3: Rut gon biéu thirc: cos54° cos4° — cos36° cos 86" , ta duoc:
A. cos50°. B. cos58°. C. sin50°. D. sin58°.

Ciu 4: Gia tri ctia biéu thirc c0s317—27[ bang

A YOV2 p, Yo=2, o2 V2-ve

C D.
4 4 4 4
Cau 5: Khang dinh nao dudi day SAI?
A. 2sina=1-cos2a. B. cos2a=2cosa—1.
C. sin2a=2sinacosa. D. sin(a+b)=sinac0sb+sinb.cosa.

, 1 1 .
Cau 6: Cho hai goc nhon ¢ va b. Biét cosa =3 cosbzz. Gia tri cos(a+b).cos(a—b) bang

A -3 B. -1 c. 17 p. -9
144 144 144 144

LA 8 5 3 .
Cau 7: Neéu biét sina = ﬁ,tanb =5 va a,b déu la cac goc nhon va duong thi sin(a—b) la:
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2
L2 B -2 c. 2L 22
220 220 221 221

. . 3 .
Cau 8: Néu tanx=0.5;siny =5 (O <y< 900) thi tan(x+ y) bang:

A. 2. B. 3. C. 4. D. 5.
, —4cos2a+cos4 . .
Cau 9: Bicu thuc S—4cosdatcosda c6 ket qua riat gon bang:
3+4cos2a +cosda
A. —tan‘ o . B. tan' o . C. —cot'a. D. cot' «
. 1 . i .
Céu 10: Néu tan> =~ thi gid tri cia biéu thic — > bing,
2 2 2—-3cosx
A. 1. B. 2. C.3. D. 4.
Cau 11: Tich s6 cos10°.cos30°.cos 50°.cos 70° bang
Al b1 ¢l p.L
16 8 16 4

Cau 12: Biét 4, B, C 1a cac goc cua tam giac ABC, khi do.
A. sinC=-sin(A4+B). B.cosC=cos(A+B).C. tanC =tan(A4+B).D. cotC =—cot(A4+B).
PHAN 2. TRAC NGHIEM PUNG SAI

Cau 13: Cho biét cosZaz—% Vi<« <37”. Khi d6:

. 10 6 15
a) sina <0,cosa <0 b) smazg c) cosaz% d) cotazg
A . £ . 3
Cau 14: Cho biét sina = 37 <a <z .Khidé:
4 3 -
a) cosa <0 b) cosa =—— c) tana =— d) tan a+’Z :48 V3
5 4 3 11
PHAN 3. TU LUAN
Cau 15: Cho cosx = 1 £< x <z . Tinh smi cosi, tani, coti.
572 2’ 2
Cau 16: Cho sin x =§ 2 <x<x.Tinh cot2x.
Cau 17: Cho céc goc a, f thdéa man §< a,f<msina = %,cosﬂ = —% . Tinh sin(a + B) .
Cau 18: Rut gon C =tan3x —tanx — 2sin x
. cos3x ﬂ
Cau 19: (€6 hai chung cu cao tang xay canh nhau vdi khoang cach gitra chung 1a HK = 20 m. D€ dam bao an
ninh, trén ndc chung cu thir hai nguoi ta lap camera & vi tri C. Goi A, B lén luot 1a vi tri thap
nhét, cao nhit trén chung cu thir nhat ma camera c6 thé quan sat duoc (H1nh 18). Hay tinh sb do goc
ACB (pham vi camera c6 thé quan sat dugc ¢ chung cu thir nhat) Biét rang chiéu cao cta chung cu
thir hai 1a CK =32 m, AH = 6 m, BH = 24 m (1am tron két qua dén hang phan muoi theo don vi d9).
&
B
i 2
A
H K
Hinh 19
Céu 20: Trong Hinh 3, tam giac ABC vudng tai B va co hai canh goc vudng 1a 4B =4, BC =3. V& diém D

nim trén tia d6i ciia tia CB thoa min CAD =30°. Tinh tan BAD , tir @6 tinh d6 dai canh CD.
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30°

B C D
Hinh 3
Cau 21: Trong Hinh 4, pit-tong M ciia dong co chuyén dong tinh tién qua lai doc theo xi-lanh 1am quay truc
khuyu /4. Ban dau 7, 4, M thang hang. Cho « la goc quay cua truc khuyu, O la vi tri cta pit-tong

‘d

khi =% va 1a hinh chiéu ctia 4 1én Ix . Truc khuyu I4 rit ngan so voi do dai thanh truyén AM
nén c6 thé xem nhu d6 dai MH khong doi va gan bang MA .

a) Biét LA =8 cm, vict cong thic tinh toa d§ x,, cua diem M trén truc Ox theo o .

b) Ban dau o =0. Sau 1 phut chuyén dong, x,, ==3 cm. Xacdinh x,, sau2 phut chuyén dong. Lam
tron két qua dén hang phan mudi.

B s e
x(cm)

Truc khuyu /4 pit-tong M
Hinh 4

‘ ’ BAI 3: HAM SO LUQNG GIAC
PHAN 1. TRAC NGHIEM 4 PHUONG AN

Cau 1: Tap xac dinh ctia ham s§ y =+/1+cos2x la:

1
A T. B. R. C. [-1;4m). D. [—E;+ooj.
Cau 2: Ham s nao sau day 1a ham s chan?
A. y=cosx+5. B. y=tanx+cotx. C. y=sin(-x). D. y=sinx—cosx.
Cau 3: Hamsd y = cosx nghich bién trén khoang:
A. (0;7). B. (7;27). C. [—%%] D. (-7:0).

Cau 4: Tim ménh dé ding.
A.Ham sd y = cotx ddng bién trén khoang (0; 7[) .
\ A A A A o 3 5
B. Hdm s0 y =sinx dong bién trén khoang [%,7”] .
C.Ham s6 y = sin x nghich bién trén khoang (7[; 272) .
A X . A A 5 T T
D. Ham so0 y =cos x nghich bién trén khoang (—E,Ej .
Cau 5: Chon khang dinh sai.
A. Ham s0 y =tanx+sinx la ham so tuan hoan véi chu ki 27.
B. Ham s6 y =cosx 1a ham s6 tuan hoan véi chu ki 27.
C.Ham s6 y =cotx+tanx 1a ham sb tudn hoan véi chu ki 7.
D. Him s6 y =sinx 1a ham s6 tudn hoan véi chu ki 7.
Cau 6: Khang dinh nao sau day ding?

A. y =sinx 1a ham s6 nghich bién trén (—%,gj .
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B. y =cosx la ham s6 nghich bién trén [

4>.|:-1
-I>|§,’
;'/

C. y =sinx 1a ham s nghich bién trén (0;

u|§f

D. y=tanx la ham s6 nghich bién trén (Z %)

Cau7: Véi xe (o;%} , ménh d& nao sau day 1a ding?

A. Ca hai ham s§ y = —sin2x va y = —1+cos2x déu nghich bién.

B. Ca hai ham s6 y = —sin2x va y=—1+cos2x déu dong bién.

C. Ham s6 y = —sin 2x nghich bién, ham s6 y = —1+ cos2x dong bién.

D. Ham s§ y = —sin 2x ddng bién, ham sd y = —1+ cos 2x nghich bién.
Ciu 8: Trong cac ham sb sau, ham s6 nao 14 ham sb chan?

A. y=xsinx. B. y =tanz. C.y=1-sinz. D. y = cosz.sinz.
Ciu 9: Tim tap xéac dinh ctia ham sd y= .tanx ?
sinx—1
A. R. B. R\{%+ k2. ke Z}. C. R\{%-}—kﬁ,kEZ}. D. R\{kﬂ,keZ}.

Cau 10: Tim tap xac dinh cta ham s y =+/1—cosx +cot x ?
A. R\{kmkeZ}. B. (—oo1]. C. ]R\{ + ks keZ} D. [-1;1]\{0}.

Cau 11: Xét ham s6 y=cosx véi x e [—7:; 72]. Khang dinh nao sau day dung?
A. Ham s6 nghich bién trén (—7;0) va ddng bién trén (0;7).
B. Ham s6 nghich bién trén (—7?; 0) va (0; 7Z) .
C. Ham s6 dong bién trén (—7[; 0) va ngich bién trén (0; 72) .
D. Ham s6 dong bién trén (—7?;0) va (0; 7z) )
Cau 12: Cho ham s0 y = sin x . Ménh dé nao sau day 1a dung?
A. Ham sb dong bién trén khoang (%, ﬁj , nghich bién trén khoang (7[;37”} .

B. Ham s dong bién trén khoang (—37” —%) nghich bién trén khoang (—% %)

C. Ham s6 dong bién trén khoang (0;%) , nghich bién trén khoang (—%; Oj .

D. Ham s6 dong bién trén khoang (—% Ej nghich bién trén khoang (% 37”) .

PHAN 2. TRAC NGHIEM DUNG SAI
Cau 13: Cho ham s0 f(x) = tan x — x . Khi d6:

a) Tap xac dinh ctia ham sb: D = ]R\{2 + k| keZ}

b 7%= o
)f(3) S 3)
¢) f(=x)=~f(x)

d) Ham s6 ddi ximg v6i nhau qua truc Oy
Cau 14: Cho ham 6 / (¥) =2cosx+1 vy g(x) =sinx+tanx yy; go.
a) Tap xdc dinh ham s6 f(x): D=R.

b) Him sé f (x) 13 ham tuan hoan.
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¢) Tap xac dinh ham s6 g(x): D= R\{%+kﬂ|k ez}.

d) Ham s g(x) 13 ham khong tuan hoan.

PHAN 3. TU LUAN

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Tim tap xac dinh cua cac ham sb sau.
a) y=tan(2x—%) b)y=cot(x+%) c) yzl—cosx

sin x
Xét tinh chan, 1¢ cua ham s6 sau: y = tan x + 2sin x

tan 3x
d y=
CcoS X

Tim gié tri 16n nhat va gia tri nho nhét (néu c6) ctia ham sb: y =2 cos(x - %) -1.

Tim x dé ham s§ y=1-3+1—cos’ x dat gi4 tri nho nhét.

Cho c4c ham sb sau: f(x)=3sin’x; g(x)=-5 cos(2x +§j . Khi do:

a) Tim tap xac dinh ham sd. b) Xéc dinh tinh chin 1é cta ham s

Mot céi gudng nude cd vanh kim loai ngoai cung 1a mot duong tron
tam O, ban kinh 1a 4 m . Xét chat diém M thudc duong tron d6 va
goc a =(0A4,0M) . Gia st myc nuée lic dang xét 1a tiép xtic voi
dudng tron (0;4) va gudng nude quay theo chiéu dwong (nguoc
chiéu kim dong ho). Biétv rang guong nudc quay hét mét vong sau
40 gidy (¢ =0 giay khidiém M trung A ). Hoi thoi diém nao (trong
1 vong quay dau tién) thi diém M & vi tri cao nhét so v6i mat
nudce?

S6 gioy c6 anh sang clia thanh phd 7' ¢ vi 9 40° bac trong ngay

thir t cia mot nam khong nhuan duoc cho bai ham sé d(7) =3-sin {% (t— 80)} +12 véi teZ va

0 <1 <365. Ban An mudn di tham quan thanh phd 7 nhung lai khong thich 4nh sang mat troi, vay
ban An nén chon di vao ngay nao trong nam de thanh phd 7' c6 it gid c¢6 anh sang mat troi nhat?

‘ _ BAI 4: PHUONG TRINH LUQNG GIAC CO BAN
PHAN 1. TRAC NGHIEM 4 PHUONG AN

Cau 1: Phuong trinh sin2x =% c6 tap nghiém la
A S=1T kn, 2Z ik keZ), B. S={Z+kor keZ}.
12 12 6
C.C={Z+kn ket D. S={Z+kZ keZ}.
12 18 2
Cau 2: Nghiém cua phuong trinh sin2x =1 la
A x="vkr. B. x=2+k2x. C.x=k—ﬁ. D. x=Z+k2rx.
4 4 2 2
Cau 3: Phuong trinh 2cosx—1=0 c6 mot nghiém la
Aox=Z. B. x=2. Cc.x=2, D.x=2
4 6 3 2
Cau 4: Phuong trinh nao sau ddy c6 nghiém?
A. cosxz—% B. sinx=+/2. C. tanx =3. D. cos’x—3=0.
Cau 5: Giai phuong trinh tan(2x)=tan80°. Két qua thu duoc 1a

A. x=80°+£k180°. B. x=40°+£90°. C. x=40°+k45°.

D. x=40°+£180°.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

: Phuong trinh cot(x+45°) = ? c6 nghiém 1a (v6i keZ)

A. 15°+k180°. B. 30°+£180°. C. 45°+k180°. D. 60°+£180°.
: Phuong trinh cosx —m =0v6 nghiém khi gia tri tham s » thoa man.
m<-—1
A. . B. -1<m<1. C. m>1. D. m<-1.
m>1
: Tép nghi¢m cua phuong trinh: 2 cosx + \/5 =0 la:
A.{ 5%+k27r|keZ}. B.{i%+k27r|kez’.
C.ii%+k7r|kez}. D.{i%ﬂmmkez}.
Nghiém ctia phuong trinh 3 +3tanx=0 Ia
A x=Zvkr. B. x=2+k2rx. C.x=-2+kr. D. x="+kx.
3 2 6 2
Chon dép an sai trong céac cau sau:
A. sinx=1<:>x=%+k27z. B. COt)C:—l@X:—%-i‘kﬂ'.
C.cosx=—-lox=r+kr. D. tanx=1<:>x=%+k7z.
Giai phuong trinh cot2x =cot20°.
A. x=10°+k90% ke Z. B. x=10°+£k180%keZ.
C. x=20°+£k90°%k eZ. D. x=20°+£k180%keZ.
Phuong trinh cot3x =cotx c6 cac nghi¢m la:
kx

A.x:%+k27r,keZ. B.x=kmkeZ. C.x=" kel D.x:%+k7r,keZ.

PHAN 2. TRAC NGHIEM PUNG SAI

Cau 13:

Cau 14:

Cho phuong trinh lugng giac sin (3x + %) = —g
X = —% +k 27”
a) Phuong trinh ¢6 nghiém (keZ)
T 27
X=—+k—
3 3

b) Phuong trinh ¢6 nghiém 4m 16n nhat bang — 27”

¢) Trén khoang [0;%J phuong trinh da cho c6 3 nghiém

d) Tong cac nghiém cta phuong trinh trong khoang (0;%) bang 777[
Cho phuong trinh lugng giac cot3x = —% (*). Khi do

a) Phuong trinh (*) tuong duong cot3x = cot (__6”)

b) Phuong trinh (*) c6 nghiém x = §+ k%(k eZ)

¢) Tong cac nghiém cta phuong trinh trong khoang (—%; Oj bang _ST”
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d) Phuong trinh ¢6 nghiém dwong nho nhat bang 27”
PHAN 3. TU LUAN

Cau 15: Tim nghiém phuong trinh lugng giac sin xsin (x—%] =0

Cau 16: Tim nghiém phuong trinh luong giac 2cos2x—8cosx+7 = .
COS X

Cau 17: Tim nghiém phuong trinh lugng giac cos (x —37”} + cos (x + %j =0;

. 2
Cau 18: Tim nghiém phuong trinh lugng giac sin (x — Tﬂ) —cos2x=0;

Cau 19: Tim nghiém duong nhé nhit ciia phwong trinh tan(2x - 150) =1 (*).
Céu 20: Tim nghiém am 16n nhét cia phuong trinh J2- 2sin(45° - 2x) =0.
Cau 21: Mot vé tinh bay quanh Trai Dat theo mot quy dao hinh Elip

(nhu hinh v&). D§ cao # (tinh bang kilomet) ctia vé tinh so véi
bé mat Trai Pat dugc xac dinh badi cong thiic

h=550+ 450-cos%t . Trong d6 ¢ 1a thoi gian tinh bang phut

ké tir luc vé tinh bay vao quy dao. Ngudi ta can thyc hién mot h=100

thi nghiém khoa hoc khi v¢ tinh cach mat dat 250 km . Trong
khoang 60 phut dau tién ke tur e v€ tinh bay vao quy dao, hay
tim thoi dieém d€ c6 thé thuc hién thi nghiém d6 ?

CHUONG II: DAY SO. CAP SO CONG VA CAP SO NHAN
) ] _ BAI5: DAY SO
PHAN 1. TRAC NGHIEM 4 PHUONG AN

2 e . u_ +1 . . Je A a0~ KA \
Cau 1: Cho day so (un) bict u, =2 va u, = ”‘12 voimoi n > 2 . Ba s0 hang dau tién cua day so lan lugt la:

A. 2;1;2. B. 2;2;2. C. 2;2;2. D. 2;3;2.
2 2°2 24 2

Cau2: Cho day sb (u,) biét u, =3". S6 hang u,., bang:

A. 3"3. B. 3" +3. C. 3" +1. D. 3(n+1).
Céau 3: Trong cac diy s6 (un) dugc xac dinh nhu sau, diy s giam la:

Au =L B.u =n’. Couy=—. D.u, =n.

n+l 3"

Cau 4: Cho day s6 (u,) biét u, = cosn. Day s6 (u,) 1a:

A. Day sf:) tang. B. Diy sb giam. C. Diy s6 bi chan.

D. Day s0 bi chan dudi, khong bi chan trén.

n—1
. +1 . .
Cau 5: Cho day so (u,) thoa man u, = . Tim s hang thir 10 cta day s6 da cho.
n

A. 51,2. B. 51,3. C. 5L1. D. 102,3.
Céu 6: Cho diy s6 (u,), biét u, = (—l)n+l Jn+1. Ménh dé nao sau day dung?

A. ug=3. B. uy =-3. C. u, =+8. D. u,=—/8.
Cau 7: Cho day sb (u,) cho boi cong thirc tong quat u, =3+4n>, neN'. Khi d6 u; bang

A. 103. B. 23. C. 503. D. -97.
Cau 8: Cho day s6 (u,) v6i u, =3". Tinh u,,,?

A u, =3"+3.. B.u, =33". C.u, =3"+1.. D. u,, =3(n+1).
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Cau 9: Trong cac day so sau, day so nao la day so giam?

Aou,=n". B. u,=2n. C.u,=n-1. D. u,=

Céu 10: Cho day sb (u,)véi u, =2n—1. Day sé (u,)1a day sé
A.Bichantrénboi 1. B. Giam. C. Bi chan dudi boi 2. D. Tang.

Ciéu 11: Cho day sb ( )V0’1 u, . Trong cac ménh dé dudi day, ménh dé nao dung?

n+2

A. Day so
B. Diy s6

Uy ) 1a day s6 giam va bi chan.

n

U )la day s6 tang va bi chan trén.

n

0
(

C. Diy sb (u )la day s6 giam va khong bi chin dudi.
0 (

D. Diy s6 (u,)1a ddy sb tang va khong bi chin trén.

n

-1

Cau 12: Cho day so (U ) ¢6 sb hang tong quat U, = : ,(n c N*) . S6 hang thir 100 cua day s6 1a

33 37 39 35
B. Ui = C. Ui = D. Ui ==

‘ VI ] 34" 34" 34"
PHAN 2. TRAC NGHIEM PUNG SAI

Céu 13: Cho day sb (u, ), biét u, = _—”l Khi dé:
n+

A. U

. L. L 1
a) Nam s6 hang dau tién cua day so 1a u, =—E;u2 =——Uy=——U, =—— U =—g

10 100
b) S6 hang u,,,u,,, 1an lugt 1a —; ———
) g Uyps Uy 1101

0 ‘% I s6 hang th 86 ctia day s6 (u, )

d) —% 1a mot s6 hang cua day s6 (u, )

=2023;u, = 2024

2u,,=u, +u,,

Ciu 14: Cho day s6 ( ) { voi n>1. Khi do:

a) Day (v,):v, =u, —u,_, 1a day khong déi. b) Biéu thi u, qua u,_, ta duoc u, =u,_, +1
¢) Ta co uy =2025 d) Ta c6 u,y,, =4044

PHAN 3. TU LUAN

Céu 15: Tinh téng 6 s6 hang dau cua diy sd (un) , biét u,=3n-1.

Ciau 16: Cho day sb (un) biét u, =2 va u, =+/2+u’, v&imoi n>2. Viét nam s6 hang dau cua day sb va du
doan cong thirc ciia sé hang tong quat u,.

Cau 17: Dy doan cong thirc s6 hang téng quét cia day sd (un) , biét y 1

n+l

u =2

Tim Uy ?
u,, —u, =2n—-1

Céu 18: Cho diy sb ( ) duogc xac dinh {

Cau 19:Cho diy s6 (u,) 6 sb hang tong quét u, =+/n+1—+/n . Xac dinh tinh ting, giam cia ddy.
Céu 20: V6i mbi sé nguyén duong #, 14y n + 6 diém cach déu nhau trén dudng tron. Noi moi diém voi diém
cach n¢ hai diém trén duong tron d6 dé tao thanh cac ng6i sao nhu Hinh 1. Goi «, 1a s6 do goc ¢ dinh

tinh theo don vi d¢ ciia mdi ngdi sao thi ta duoc day sé (u, ).
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Cau 21:

i P
<Ion /RN ALK
/ \\></ WAVZ \/‘ 7S

= > LK) A X
\ \./ Q&/ \,Q,/'
n=1 n=2 n=3
IV st
n=+4 n=>5
Hinh 1

Tim cong thirc ciia s6 hang tong quat u,.
Gia ctia mot chiéc may photocopy lic moéi mua 1a 50 tridu dong. Biét rang gid tri ctia nd sau mdi nam
sir dung chi con 75% gia tri trong ndm lién trudc d6. Tinh gid tri con lai cua chiéc may photocopy do
sau moi nam, trong khoang thoi gian 5 nam ké tir khi mua.

BAI 6: CAP SO CONG

PHAN 1. TRAC NGHIEM 4 PHUONG AN

Cau 1:

Cau 3:

Ciu 10:

Cau 11:

Trong cac day so (un) véi s0 hang tong quat sau, ddy s6 nao la cap s6 cong?

Aou, =3". B. u,=1-3n. C.u,=3"+1. D. u, =3+n".

: Cho cap so cong (un) bict u, = g;u8 =26. Cong sai 4 cua cap so cong do la:

Al B c.>. D. >
=y 3 , Ny 1 , ‘
Viet ba so0 hang xen gitia cac s0 2 va 22 d€ dugc mdt cap s6 cong cd nam so hang. Ba s6 hang do6 lan

luot 1a:

A. 7;12;17. B. 6;10;14 . C. 8;13;18. D. 6;12;18.
: Cho cép sb cong (un) biét u, +u, =19 . Gid trj clia u, +u,, 1a:
A. 38. B. 29. C.12. D. 19.
: Cho (un) 1a cAp s6 cong c6 s6 hang ddu u, = 2, cong sai d = —5. Tong 10 s6 hang du cta cip s cong
do la:
A. —410. B. -205. C. 245. D. -230.

: Viét ba s0 hang xen gilra cac s0 2 va 22 dé dugc mdt cap so cong ¢ nam so hang.

A.7;12; 17, B. 6; 10; 14. C. 8;13; 18. D. 6; 12; 18.

: Cho a,b,ctheo thir ty nay 1a ba s6 hang lién tiép cia mot cap s6 cong. Biét a+b+c=15. Gié tri ciia b
bang
A. 10. B. 8. C.5. D. 6.

: Bonso x, —2, y, 6 theo thir tyr @6 1ap thanh mét cép s6 cong. Khang dinh nao sau day ding?

A x=-6;y=3. B. x=-5y=3. C.x=-6y=2. D. x=-5y=2.

. 2 . ; 1 1 . L . 2
: Cho cép s0 cong co soO hang dau u, =——, cong sai d =—. Nam s0 hang lién ti€p dau tién ctia cap so
2 2

nay la:
1 1 r 1 1 1 I 1
A, ——;0;1;—;1. B. —;0;,—;0;—. C. —;1;2;2;2. D. ——;0;—;1;2.
2 2 22 2 22 2 22 2
Cho hai s6 —3 va 23. Xen k& giira hai s6 da cho , s6 hang dé tat ca cac s6 d6 tao thanh cap sb cong c6
cong sai d=2. Tim n.
A. n=12. B. n=13. C. n=14. D. n=15.
Tim cong sai d ciia cap s6 cong hiru han biét s6 hang dau 1, =10 va sb hang cudi u,, =50.
A. d=3. B. d=2. C.d=4. D.d=-2.
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Cau 12: Cho cap s6 cong (U,)co u, =4u, =1. Gia tri ciia #,bang

A. uy, =31, B. u, =—23. C. u, =—20. D. u,, =15.
PHAN 2. TRAC NGHIEM DUNG SAI
Cau 13: Cho day so0 hitu han gom céc so hang: —1;2;5;8;11;14;17 . Khi do:

a) Dy s di cho 1a khong phai cép sb cong.

b) S6 hang u, =—1

¢) Néu diy s da cho 1a mot cap s6 cong thi cong sai ctia cip s6 cong la d =2

b) Tong tit ca s6 hang cta diy s bang 56

. . 5 3 1
Cau 14: Cho cap so cong (un) c6 s0 hang dau u, = 5 cong sai d = 5" Khi do6:

a) Cong thirc cho s6 hang téng quat u, =1 +§

b) 5 1a s6 hang thtr 8 cua cip sb cong di cho
15 . 2

c) 2 mot sO hang cua cap so cong da cho

d) Tong 100 s6 hang dau cta cip sd cong (un) bang 2620

PHAN 3. TU LUAN

2-3 e
L ;C, = n’ . C6 bao nhiéu day 1a cip sb cong.

Cau 15: Cho céc diy s6 c6 s6 hang tong quat @, =4n—3;b, =

Céu 16: Cho cép s6 cong —2;x;6; y . Tinh P=x"+y" =104,
11

b+c c+a a+b
thir ty ciing 1ap thanh mot cép s6 cong.

Cau 18: Tong 20 s6 hang dau ciia mot cip s6 cong vdi cong sai bang 3 1a 650 . Tim s6 hang dau cua cap sb
cOng nay.

Cau 19: Tim x dé 2x,3x+2 va 5x+3 la cic s6 hang lién tiép ctia mot cap sd cong.

Cau 20: Chudng dong hd ¢ mot toa thap danh sb tiéng dang bang sb gid va cir mdi 30 phut khong phai 1a gio
dung thi danh 1 tiéng chudng. Hoi bat dau tir lic 1 gid dém dén 12 gid trua, chudng déng hod d6 da
danh tit ca bao nhiéu tiéng?

Cau 21: Cac khuc gb duge xép nhu Hinh 2. Luot thi nhit ¢6 21 khuc, luot tht hai ¢6 20 khic, ..., luot trén
cung ¢6 15 khuc. Tinh tong s6 khiic g da duoc xép.

Cau 17: Cho ba sb theo thir ty 14p thanh cap sé cong. Chimg minh rang ba sé a>,5%,¢? theo

COCCOACOCACOAOAO—15
0000 e e eece0eee
000000600006 000000
- . AAACAAL S A e
N S e e S e
©080002000060866000

A A A A X
AN AN ANAAANANAND

AAAA

Hinh 2

‘ , BAI 7: CAP SO NHAN
PHAN 1. TRAC NGHI];ZM 4 PHUQN G AN’ )
Cau 1: Trong cac day sO sau, day so nao la cap so nhan?
1
A. 128;-64;32;-16;8.  B. \/5;2;2\/5;4;8. C. 5:6;7:8:9. D. 15;5;1;—;—.

25

2

| —

Céu 2: Cho cip s nhan (un) ¢6 sb hang dau u, =2 vacong boi g =-2. Giad tri u, la:
A. —32. B. —16. C. 6. D. 32.

Cau 3: \{iét bdn s6 hang xen giita cac sd 1 va —243 dé duoc mot cip sb nhan c6 6 s6 hang. Bén sb hang d6
lan luot 1a:
A. -3;,-9;,-27,-81. B. 3;-9;27;-81. C. 3;9;27;81. D. -3;9;-27;81.

Cau 4: Cho (un) la cap sO nhan c6 u, = g;u8 =729 . Tong 8 so hang dau cia cap so nhan do la:
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Cau 8:

Cau 10:

Cau 11:

Cau 12:

1-3° 3* -1 3* -1 1-3°

A. . . . . D.
2 6 2

: Trong cac ddy s6 sau, diy s6 nao khdng phai 1a mot cip s6 nhan?

A. 2; 4; 8; 16; ... B.1, -1;1; —-1; - C. 17; 2%; 3% 4%; .. D. g;d’; a’; d’; - (a=0).
: Diy s nao sau ddy khong phai 1a cap s6 nhan?

A.1;2; 4;8; - B. 3; 3%; 3%; 3%; ... C. 4; 2 l l . D. l; Lz; %; ié;

27 4’ F T S o

: Day $6 L; 2; 4; 8 16; 32; --- la moOt cép s6 nhan véi

A. Cong boi 1a 3 va s6 hang dau tién 1a 1. B. Cong boi 1a 2 va s6 hang dau tién 1a 1.

C. Cong boi 14 4 va sb hang dau tién 13 2. D. Cong bdi 1a 2 va sé hang dau tién 1a 2.

Cho (un) 1a cap s6 nhan It vo han ¢6 s6 hang dau va cong boi 1an lugt 1a u, va ¢ . Cong thirc nao sau
day dung dé dung dé tinh tong S cta cp sé nhan trén?
g-1 U,

A §-179 B. 5= C.§= D.§=_t
u, 1-¢q u, l-¢q

: Cho day sb (un ) c6 s6 hang tong quat 1a u, = 3.2"" (Vn € N*). Chon két luan dung;

A. Diy s6 1a cap s6 nhan c6 s6 hang dau v, =12.

B. Dy s6 1a cap s6 cong co cong sai d = 2.

C. Dy s6 1a cap sb cong co sb hang dau u, =6.

D. Diy s6 la cép s6 nhan c6 cong boi ¢ =3.

Trong cac diy so sau, ddy s6 nao 1a mot cip s6 nhan?

A.1,2,3,4,5,6,.... B.2,4,6,8,16,32,... C. -2,-3,-4,-5,-6,-7,..D. 1,2,4,8,16,32,....

Trong cac diy s sau, ddy sd nao 1a cap s6 nhan?
1 1 1
A u,=—>. B.u =—-1. C.u =n+—. D.u =n"+—.
3" 3" 3 3

. s 1
Cho cép so nhan (U, ) c6 U, =3 U, =16. Khi d6 cong boi ¢ la
A. 64. B. 8. C. 4. D. 32.

PHAN 2. TRAC NGHIEM DPUNG SAI

Cau 13:

Cau 14:

Céc ménh dé sau dung/sai?
a) Day sé co tét cd cac sé hang béng nhau la mot cép sé nhan.
b) Day so co tat ca cac s6 hang bang nhau 1a mot cap s6 cong.
c) Mot cap so cong co6 cong sai duong la mot day s0 tang.

d) Mot cip sb cong c6 cong sai duong 1a mot day s6 dwong.
u, +u, =—-540

u, +us =180

Cho cép s6 nhan (un) thoa man { . Khi do:

a) SO hang u, =2

b) Goi ¢ la cong bdi cta cép sb nhan, thi ba s ¢;1;3 tao thanh mot cép sb cong
c) S(Té —486 14 s6 hang thl'{: 5 cla c?ip s6 nhan ‘

d) Tong cuia 21 s6 h;:mg dau cap sO nhan da cho’bér‘lg 5230176602

d) So do gbc 16n nhat trir cho s6 do goc nho nhat bang 168°

PHAN 3. TU LUAN

. . 2 ntl . \ .
Cau 15: Cho céc day so sau day: u, :(\/5)2” > v, =—;w, = 32n va day sO hiru han gébm céac sO hang:
n
1 1 1
16;4;1;— 2 E @ Diy s6 ndo 1a cap s6 nhan, tim s6 hang dau va cong boi.

Cau 16:
Cau 17:

Cho it giac ABCD c6 bdn gbe tao thanh mot cAp s6 nhan co cong boi bang 2 . Tim s6 do goc 16n nhat,

Lz 2 . . Lz
Cho cap so nhan (un) cOu =3vagqg= 3 Tim cong thirc s0 hang tong quat ctia cap sO nhan do.
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. 3 L . —u, =78
Cau 18: Tim s0 hang dau va cong bdi cua cap sO nhan (un) , biét s
ug —uy =234,
A ;2 1 2 , A x Ay Ao A A , . N A
Cau 19: Cho ba so 523D theo thur ty 18p thanh mot cap so cong. Chung minh rang ba s6 a,b,c theo
—a —c

thir ty d6 1ap thanh mot c?ip s6 nhan.

Cau 20: Anh Diing ki hop dong lao dong trong 10 nim v&i phuong 4n tra lwong nhu sau: Nam thir nhét, tién
lwong cua anh Diing 14 120 tridu dong. K& tir ndm thir hai tré di, mdi nim tién lwong ciia anh Diing
duoc tang 1én 10% . Tinh tong sb tién lvong anh Diing linh dwoc trong 10 nam dau di lam (1am tron
két qua dén hang don vi theo don vi triéu dong).

Cau 21: Bac Nam gui tiét kiém vao ngan hang 100 triéu dong véi hinh thire 13i kép, ki han mot ndm voi 13i suat
8% / nam. Tinh sd tién ca gdc va 1ai bac Nam nhan duoc sau 10 ndm. (Gia st 14i suat khong thay doi
trong sudt thoi gian giri tién.)

CHUONG III: CAC SO PAC TRUNG PO XU THE TRUNG TAM CUA MAU SO LIEU GHEP NHOM
BAI 8: MAU SO LIEU GHEP NHOM

PHAN 1. TRAC NGHIEM 4 PHUONG AN

Cau 1: Cho diy s liéu thong ké: 21, 23, 24,25, 22, 20. S6 trung binh cong cta day sb liéu théng ké da
cho la
A. 23,5. B. 22. C. 22,5. D. 14.

Céu 2: Mot nhom 11 hoc sinh tham gia mot ky thi. S6 diém thi cua 11 hoc sinh d6 dugc sap xép tir thap dén
cao nhu sau (thang diém 10): 0;0;3;6;6;7;7;8;8;8;9. Tim sb trung binh clia mau sb lidu (tinh chinh
xé4c dén hang phan trim).

A. 5. B. 5,54. C.6. D. 5,64.
Cau 3: Cho day s6 lidu théng ké 11,13,14,15,12,10. S trung binh cong ctia day théng ké @6 béng
A. 13,5. B. 12. C.13. D. 12,5.

Cau 4: Diéu tra vé s6 ti‘én mua dd dung hoc tap trong mdt thang cua 40 hoc sinh, ta c6 mau sb liéu nhu sau
(don vi: nghin dong):

Gia tri (x) | [10; 15) | [15; 20) | [20; 25) | [25;30) | [30; 35) | [35; 40) | Cong

Tansd (n) | 2 5 15 8 9 1 N =40
S trung binh ctia mau sb liéu 1a
A. 22,5. B. 25. C. 25,5. D. 27.

Cau 5: Nhiét do trung binh cua thang 12 tai thanh phd Pa Néng tir nam 1991 dén hét nam 2000 dugc cho trong
bicéu do sau:

€

u [15;17) = [17;19) =[19;21]

Dua vao biéu do, tim x va y théa man bang sau:

Céc 16p nhiét do Tan s
[15;17) 5
[17;19) X
y
A.x=2vay=3. B.x=3vay=4. C.x=3vay=2. D.x=4vay=3.

Cau 6: Theo quy dinh nguoi diéu khién xe mdy bi phat tién tir 200.000 dong dén 300.000 dong khi diéu khién
xe chay qua téc do quy dinh tir 05 km/h dén dudi 10 km/h; Phat tién tir 600.000 dong dén 1.000.000
dong doi voi nguoi diéu khién xe chay qua toc do quy dinh tir 10 km/h dén 20 km/h; Phat tién tu
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Cau 8:

Cau 10:

Cau 11:

Cau 12:

4.000.000 dong dén 5.000.000 dong ddi V01 nguoi didu khiér} xe chay qua toe do quy dinh trén 20
km/h. Héi c6 bao nhiéu truong hop bi phat tién tir 4.000.000 dong dén 5.000.000 dong?

A.2 B. 1 i C.5 D.0 o
¢ S0 lugng khach hang nit mua bao hiém nhan tho trong mdt ngay dugc thong ké trong bang tan so ghép
nhom sau:
Khoang tudi [20;30) [30;40) [40;50) [50;60) [60;70)
So khach hang nit 3 9 6 4 2
Gia tri dai dién cia nhom [30;40) la:
A. 40. B. 30. C. 35. D. 9.

Pé chuyén méu s6 liéu khéng ghép nhém sang mau so liéu ghép nhom ta 1am thé nao?

A. Budc 1: Chia mién gia tri cia mau s6 liéu thanh mét sb nhém theo tiéu chi cho trude. Bude 2: Dém
sO gia tri ciia mau s6 liéu thudc moi nhom va 1ap bang thong ké cho mau sé liéu ghép nhom.

B. Buéc 1: Dém sb gia tri gidng nhau ctia mau sb liéu. Budc 2: Lap bang thdng ké cho mau sd liéu
ghép nhom.

C.Ca A, B déu sai.

D. Ca A, B déu ding.

: Cho bang khao sat vé chiéu cao hoc sinh trong 16p:

Chidu cao | [150:160) [160:167) [167:170) [170:175) [175:180)

(cm)
S6 hoc sinh | 12 18 8 3 1
Nhom s6 liéu nao c6 do dai bang 7?
A. [150160) ‘ B. [167;170) C. [175;180) D. [160;167)
Béng s li€u nao gom cac nhom d¢ dai bang 10?
Bang 1 Diém [6:7) [7:8) [8:9) [9:10)
Sé hocsinh | 9 14 12 5
Bang 2 Cin  ning| [30:40) [40;50) [50;60) [60;70)
(kg)
Sé gido vién | 5 3 4 2
Bang 3 Chidu cao| [2.5:3) [3:3.5) [3.5.:4) [4:4.5)
(m)
Sé cay 12 6 7 5
Bang 4 Tién (nghin | [30:35) [35:40) [40; 45) [45:50)
dbng)
Sé sach 14 16 12 18
A.Bang 1 B. Bang 2 C. Bang 3 D. Bang 4

Cho bang khao sat vé tién dién ctia mot sb6 ho gia dinh:
Sé tien | [350;400) [400;450) [450;500) [500;550) [550;600)

(nghin ddng)
S6 ho gia| 6 14 21 17 2
dinh

Céc nhom s6 liéu & bang trén c6 d¢ dai 1a bao nhiéu?
A.45 ~ B.48 C.50 D. 54
Mau s6 liéu sau cho biét can niing cua hoc sinh 16p 12 trong mét 16p
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Cén ning Duéi 55 Tix 55 dén 65 Trén 65
S hoc sinh 20 15 2

S6 hoc sinh cta 16p d6 1a bao nhiéu?

A. 37 B. 35 C.33 D. 31
PHAN 2. TRAC NGHIEM PUNG SAI
Cau 13: Bang thong ké sau cho biét thoi gian chay (phut) ctia 30 van dong vién (VDV) trong mot giai chay
marathon:
Thoigian | 129 | 130 | 133 | 134 | 135 | 136 | 138 | 141 | 142 | 143 | 144 | 145

S6 VBV 1 2 1 1 1 2 3 3 4 5 2 5

a) Gia tri 1on nhat x =145, b) Gia tri nhé nhat x,;, =129
¢) Khoang bién thién: 15. d) MAu sb liéu ghép nhom:
Thot gian So VbV

[127.5:130,5) 3

[130,5:133.5) 1

[133.5:136.5) 4

[136,5:139.5) 3

[139,5:142.5) 9

[142,.5,145,.5 10

Cau 14: Mot trudng trung hoc phé thong c¢6 36 hoc sinh nam cua khdi 11, do chiéu cao cia cac ban hoc sinh
d6, ngudi ta thu duoc mau s6 liéu sau (don vi: centimét).

160 161 161 162 162 162 163 163 163 164 164 164

164 165 165 165 165 165 166 166 166 166 167 167

168 168 168 168 169 169 170 171 171 172 172 174

a) Gia trj 16n nhat x,, =174,

b) Gia tri nho nhat x,;, =160

¢) Khoang bién thién 1a 15

d) Ta c6 bang tan s6 ghép nhom sau:

Chiéu cao [160;163) | [163;166) | [166;169) | [169;172) | [172;175)

S6 hoc sinh 6 10 12 3 3

PHAN 3. TU LUAN

Cau 15: Nhan ngay hoi doc sach, cac hoc sinh ctia mot trudng trung hoc phd thong mang sach cii dén ting thu
vién truong va trao ddi voi cac ban hoc sinh khac. Bang sau thong ké sb sach cii ma cac ban hoc sinh
16p 11B mang dén truong.

S6 sach [1;3] [4;6] [7;9] [10;12] [13;15]

S6 hoc sinh 5 14 10 8 3
Hay uéc luong sé trung binh va mdt cia mau so liéu ghép nhom trén.

Cau 16: Cho méu s liéu ghép nhom sau:

Diém s6 mén Toan | [0:2) | [24) | [4£6) | [68) | [&10)

S4 hoc sinh dat duroc 1 6 12 14 8

Tim ¢& mau ctia mau s liéu, gia tri dai dién nhom [2;4), va d6 dai nhom [8;10)
Cau 17: Két qua khao sat can ning cta 25 qua cam & mdi 16 hang 4, B dugc cho & bang sau:

Cén ning (gam) [150;155) | [155;160) | [160;165) | [165;170) | [170;175)
S6 qua cam ¢ 16 hang A 2 6 12 4 1
S6 qua cam ¢ 16 hang B 1 3 7 10 4

So sanh cén nang trung binh qua cam ¢ 16 hang 4 va 16 hang B.
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Cau 18:

Cau 19:

Cau 20:

Cau 21:

Chi s6 BMI (do bé’mg w / h*, trong d6 w 1a can ning don vi 1a kildgam, h la chiéu cao don vi la mét)
cua cac hoc sinh trong mot td dugc cho nhu sau:
19,2 21,1 16,8 23,5 20,6 252 18,7 19,1.

Mot ngudi ¢ chi s6 BMI nhé hon 18,5 dugc xem 1a thiéu can; tu 18,5 dén dudi 23 1a 6 cén nang li
tuong so voi chiéu cao; tir 23 tré 1én 1a thira can. Hay 1ap mau s liéu ghép nhém cho mau sd liéu trén
dé biéu dién tinh trang can ning so vdi chiéu cao cua cac hoc sinh trong to.
Can nang (kg) cua 35 nguoi truong thanh tai mot khu dan cu dugce cho nhu sau:
43 51 47 62 48 40 50 62 53 56 40 48 56
53 50 42 55 52 48 46 45 54 52 50 47 44
54 55 60 63 58 55 60 58 53.
Chuyén mau s6 liéu trén thanh dang ghép nhém, cac nhém c6 d6 dai biang nhau, trong d6 c6 nhém [40;45).
S6 san pham mot cong nhan lam duge trong mot ngay dugc cho nhu sau:

18 25 39 12 54 27 46 25 19 8 36 22

20 19 17 44 5 18 23 28 25 34 46 27
Hay chuyén mau s6 liéu sang dang ghep nhom v6i sau nhom c6 dg dai bang nhau.
Thoi gian ra san (gid) ciia mdt s0 cyu cau thu ¢ gidi ngoai hang Anh qua cac thoi ki duge cho nhu sau:
653 632 609 572 565 535 516 514 508 505

504 504 503 499 496 492.
R (Theo: https://www.premierleague.com/) ‘
Hay chuyén mau so0 li¢u trén sang dang ghép nhom véi bay nhom cé do dai bang nhau.

BAI 9: CAC SO PAC TRUNG PO XU THE TRUNG TAM

PHAN 1. TRAC NGHIEM 4 PHUONG AN

Cau 1: SO a thoaman cd 25% gia tri trong mau s6 liéunho hon a va 75% gid tri trong mau s6 liéu 16n hon a 1a
A. s6 trung binh. B. trung vi. C. ttr phan vi thtr nhat. D. t phan vi tht ba.
CAu 2: Cho mau sb liéu ghép nhom vé tudi tho (don vi tinh 1a ndm) cia mot loai bong dén madi nhu sau.
Tuoi tho [2:3.5) [3.5:5) [5:.6.5) [6.5:8)
S6 bong dén 8 22 33 15
Nhom chtra trung vi ciia miu sb lidu 1a
A. [2;3,5). B. [3,5;5). C. [5;6,5) . D. [6,5;8).
Cau 3: Cong viéc nao sau day khong phu thudc vao cac cong viéc ciia mon thong ké?
A. Thu thap s6 liéu. B. Trinh bay s6 liéu.
C. Phan tich va xir 1i s6 liéu. D. Ra quyét dinh dua trén sd liéu.
Céu 4: Diéu tra vé chiéu cao cuia hoc sinh khi 16p 10, ta co két qua sau:
Nhém Chiéu cao (cm) S$6 hoc sinh
1 [150:152) 5
2 [152:154) 18
3 [154:156) 40
4 [156;158) 26
5 [158:160) 8
6 [160:162) 3
N=100

Cau 6:

Gia tri dai dién cia nhom thir tu 1a
A. 156,5. B. 157. C. 157,5. D. 158.

: Cho bang phan bé tan s6 ghép 16p:

Cacldp g gla tricua X | [50;52) | [52:54) | [54:56) | [56:58) | [58:60)| Cong

Tan s6 n, 15 20 45 15 5 100
Ménh dé ding la:
A. Gia tri trung tdm cta 16p [50; 52) la 53. B. Tan s6 cua 16p [58; 60) la 95
C. Tén s6 cua 16p [52;54) 1a 35 D. S6 50 khong phu thudc 16p [54;56)

Cho bang phéan bé tin s, tan suat ghép 16p chiéu cao ctia cac hoc sinh trong mét 16p hoc nhu sau:
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Lép Tan sé Tan suat
150:155) 8 20%
1155:160) 5 12.5%
160;165) a 30%
165:170) b €%
170:175] 6 15%
Téng n 100%
Tim gid tri ctia a +2b+10c .
A. 225. B. 158. C. 255.
Cau 7: biém kiém tra 15 phut ctua 36 hoc sinh 16p 11A dugc cho boi bang tan s6 ghép nhom sau:
Nhom diém Tin sb
[1:3) s
[3:5) 2
[5; 7) 10
[?; 9) 14
[9:11) 7
n=>36
Mt ctia bang ghép 16p trén 14 gia tri ndo sau?
A. 7,73. B. 6,12. C. 5,09.
Céu 8: Cho bang méu s liéu ghép nhom 1a chidu cao ctia hoc sinh 16p 5 tudi
Nhém chiéu cao Tén sb
[85:90) 1
[90:95) 4
[95:100) 8
[100;105) L
[105:110) 3
[110:115) 2
n=30
S6 liéu va nhém cua bang trén 1a
A.30vas5. B. 115 va 30. C.115va6.
Ciu 9: Cho bang mau s6 liéu ghép nhom 4 chiéu cao cua hoc sinh 16p 5 tudi
Nhém chiéu cao Tén sb
[85:90) 1
[90:95) x—4
[95:100) x —3x+11
[100;105) 12
[105:110) 3
[110;115) 2

Tim x biét tan s6 tich liiy cia nhém 3 1a 23
A.S. B. 3. C. 8.

CAu 10: Piém trung binh cac mon hoc ki I ctia ban An dugc cho bdi bang sau:

D. 30 va 6.
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Mén | Toin | VAtLy | Héahoc | Ngitvan | Lichsi¥ | Pialy | Tinhoc | Tiéng Anh

Piém 9,4 8,8 9,2 6,8 8,0 7,8 8,4 8,6

Tinh diém trung binh moén hoc ki I cia ban An.

A. 8,0. B. 8,375. C.8,2. D. 8,5.
Cau 11: Tim can ning trung binh ctia hoc sinh 16p 11D cho trong bang sau, lam tron dén hang phén tram.
Cannang |[40.5; 45,5)|[45.5; 50,5) |[50.5; 55.5)|[55.5; 60.5)|[60.5; 65,5) |[65.5: 70.5)

S6 hoc sinh 10 7 16 4 2 3
A. 51,8. B. 51,81. C. 52. D. 51,809.
Cau 12: Thoi gian luyén tap trong mét ngay (tinh theo giod) ciia mot s6 van dong vién dugc ghi lai ¢ bang sau:
Thoi gian [0:2) [2:4 [4:6) [6:8) [8:10)
luyén tap
(819)
Sévandéng | 3 8 12 12 4
vién

Hay xac dinh cac t phan vi thi 3 ctia mau s liéu trong
- A.3,6875. B. 5,417. C. 7,042. D. 7,68.
PHAN 2. TRAC NGHIEM DPUNG SAI
Cau 13: Cho bang tan s6 ghép nhom s6 liéu thong ké can ning ciia 40 hoc sinh 16p 11 A trong mot trudng trung
hoc pho thong (don vi: kilogam).

Nhém Tén s6

[30;40) 2

[40;50) 10

[50;60) 16

[60:70) 8

[70:80) 2

[80:90) 2
Hay wdc luong cac tir phan vi ciia méu s6 liéu ghép s trén, Cac ménh dé sau dung/sai
a) O, =49(kg); 0, =50(kg); 0; = 52,5(kg) - b) O, =48(kg); 0, =55(kg); 0 = 62,5(kg) -
¢) O, =47(kg); 0, = 54(kg); O, = 63,5(kg) - d) O, =46(kg); 0, =53(kg); 0, = 64,5(kg) .

Cau 14: Dya vao bang tan s6 mau sd liéu ghép nhom sau, hiy tim t phan vi ctia nd.

Nhom | [30;40) | [40;50) | [50;60) | [60;70) | [70;80) | [80;90)
Tansd | 2 10 16 8 2 2

a) Co mau cua mau so liu la n =40 .

b) Tt phan vi thir nhit ctia mau s liéu ghép nhom la: O =48

¢) Tt phan vi thir hai ciia mau s6 liéu ghép nhom 1a: Q, =45
d) T phén vi thir ba ciia mau sb liéu ghép nhom 1a: O, =61,5
PHAN 3. TU LUAN , o
Cau 15: Mot trang bao dién tir thong ké thoi gian nguoi sir dung doc thong tin trén trang trong moi lan truy cap
¢ bang sau:
Thoigian | [0:2) [2:4) [4:6) [6:8) [8:10)
doc (phit)
S0 luot truy | 45 34 23 18 5
cap
Hay uéc luong céc tir phan vi ciia mau s liéu ghép nhom trén.
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Cau 16: Tim hiéu thoi gian xem ti vi trong tudn trude (don vi: gid) ciia mdt s6 hoc sinh thu dugc két qua sau:

Thoi gian (gio)

[0;5)

[5;10)

[10;15)

[15;20)

[20;25)

S6 hoc sinh

8

16 4

2

2

Tinh thoi gian xem ti vi trung binh trong tudn trudc cta cac ban hoc sinh nay.

dung dau tién ¢ bang sau:

So lan gép su co

[1;2] | [3;4]

[5;6]

[7;

8] | [9:10]

SO xe

17 33

25

20 5

Tim c¢& mau va cac t phan vi cia mau so liéu.

Cau 18: Thoi gian (phut) dé hoc sinh hoan thanh mot ciu héi thi dugc cho nhu sau:

Cau 17: Mot hang xe 6 t6 thong ké lai so lan gdp sy co veé dong co ctia 100 chieéc xe cung loai sau 2 nadm sur

thudc [0;5), x,,...,x;, thudc [5;10),... Hoi trung vi thuoc nhém nao?

bang bén.

Toc do v(km / h) S6 lan
150 <v <155 18
155<v <160 28
160 <v <165 35
165<v <170 43
170 <v <175 41
175 < v <180 35

Tinh trung vi ciia mau s6 liéu ghép nhom nay.

Thoi gian (phut) | [0,5;10,5) [10,5;20,5) [20,5;30,5) [30,5;40,5) [40,5;50,5)
S6 hoc sinh 2 10 6 4 3
Tim mot ciia mau s6 liéu ghép nhom nay.
Cau 19: Mirc thuong tét (triéu dong) ma cac cong nhan mot nha may nhan dugc nhu sau:
Mtc thudng [5;10) [10;15) [15;20) [20;25]
S6 cong nhan 13 35 47 25
Tim mdt ciia mau s6 liéu ghép nhom. Cho biét ¥ nghia ciia gia tri thu duoc.
Cau 20: Cho mAu sd liéu ghép nhom vé chiéu cao cia 21 ciy na gidng.
Chiéu cao (cm) | [0;5) [5;10) [10;15) [15;20)
S6 cay 3 8 7 3
Goi x,,x,,...,x,, 1achiéu cao ciia cac cay gidng, di duoc sip xép theo thir tu tang dan. Khi dé, x,,...,x,

Ciu 21: Ghi lai toc d6 bong trong 200 lan giao bong cia mot van dong vién mon quan vot cho két qua nhu
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_CHUONG IV: QUAN HE SONG SONG TRONG KHONG GIAN
BAI 10: PUONG THANG VA MAT PHANG TRONG KHONG GIAN

PHAN 1. TRAC NGHIEM 4 PHUONG AN , v
Cau 1: Cho hinh chép S.4BCD ,ddy ABCD 1a hinh binh hanh 4BCD tam O . Giao tuyén cua hai mat phang

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

(S4C) va (84D) 1a

A. SO. B. SD. C. 54. D. SB.

Trong mat phéng (Ot) , cho tir giac ABCDc6 AB cit CDtai E, ACcat BDtai F, Sl1a diém khong
thudc (a). Giao tuyén cla (SAB) va (SCD)lél

A. SF . B. SD. v C. AC. D. SE

Cho hinh chép S.ABCD .Goi O 1a giao diém cia AC va BD, M la giao diém cia 4B va CD, N
1a giao diém cia AD va BC . Giao tuyén cta hai mit phing (SAC ) Vé(SBD) 1a duong thing

A. SM . B. SO. C. SN. ~ D.MN.

Cho hinh chép S.4BCD c6 day 1a hinh thang 4BCD (4B //CD) . Khang dinh nao sau day sai?

A. Hinh chop S.4BCD c6 4 mat bén.
B. Giao tuyén ctia hai mit phang (SAC)va (SBD)la S0 (0 la giao diém ctia 4C va BD).
C. Giao tuyén ctia hai mit phang (SAD)Vé (SBC) la S7(7 lagiao diém ciia AD va BC).
D. Giao tuyén ciia hai mit phang (SAB) va (SAD) la duong trung binh cia ABCD .
Cho hinh chép S.ABCD . Goi M 1a mot diém trén doan S4 . Giao diém cia duong théng CM véi mat
phang (SBD)la diém.
A. I 1a giao diém cua CM véi BD .
B. J la giao diém ctia CM vé6i SO (O = ACmBD).
C. Hlagiao diém ctia CM véi SB .
D. N la giao diém cua CM véi SD . i 7
Cho tor dién ABCD c6 M, N lan luot 1a trung di€m cua 4B, CD va Pla mot diém thudc canh BC (
P khéng 14 trung diém ctia BC ). Thiét dién ciia t&r dién bi cat béi mat phang (MNP)1a
A. Tu gia. B. Ngii gia. C. Luc gia. D. Tam gia
Cho hinh chop S.4BCD, goi M,N,P theo thu tu 1a trung diém cta cac canh BC,CD va S4. Mat
phing (MNP)cit hinh chép §.4BCD theo thiét dién 1a hinh gi?
A. Ngii giac. B. Tt gidc. ~ C. Tam giac. D. Luc giac.
Cho tir dién ABCD c6 E,F lan lugt 1a trung diém canh BC,CD va G la trong tam tam gidc 4CD.Giao
tuyén cuia hai mit phang (ABG) va (ACD) 1a duong thang nao dudi day?
A. AE . B. AF . C.CD. D. BG.
Cho tor di¢n ABCD . Goi M, N lan luot 1a trung diém ciia AC va C Giao tuyén cua hai mat phang
(MBD)va (ABN)1a:
A. Puong thiang MN . B. Dudng thing AM .
C. Puong thang BG (G la trong tAm AACD).  D.Pudng thing AH (H 1a tryc tim AACD).

Cau 10: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tim O, I 1a trung diém canh SC. Xét cac

ménh dé: i

(D). Buong thang /O song song SA.

(II). Mt phing (BD) cét hinh chép S.ABCD theo thiét dién 1a mot tir gidc.

(IIT). Giao diém ctia dudng thing Al va mit phang (SBD) la trong tam tam giac SBD
(IV). Giao tuyén hai mat phing (/BD) va (SAC) 1a OI .

S6 ménh dé dung trong cac ménh dé trén 1a:
A. 4. B. 2. C. 3. D. 1.

Céau 11: Cho hinh chép S.4ABCD c6 ddy ABCD la hinh binh hanh tim O, /12 trung diém canh SC . Khang

dinh nao sau day SAI?
A. mp(IBD)cit hinh chép S.4BCD theo thiét dién la mot tir gid.
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B. [O// mp(S4B). C. (IBD)N(S4C)=10. D. [0 // mp(SAD).
Céu 12: Cho hinh chép S.4BC. Goi M la trung diém S4; N va P lan luot 1a diém bét ki trén canh SB, SC
(khong tring véi trung diém va hai dau mat). Giao diém cia MN véi (4BC)la
A. giao diém cua MN voéi BC. B. giao diém cua MP voi BC.
_ C.giao diém cia MNvéi 4B . D. giao diém ciia MP voi AC.

PHAN 2. TRAC NGHIEM DUNG SAI ) ’ 7

Cau 13: Cho hinh chop S.ABCD , biét AB cat CD tai E,AC cat BD tai F trong mat phang day. Khi do:
a) Puong thaing EF nam trong mit phang (ABCD) .

b) AB la giao tuyén cua hai mit phang (S4B) va (ABCD).

¢) SF la giao tuyén cua hai mit phang (S4B) va (SCD), SE la giao tuyén cua hai mit phang (SAC)
va (SBD).

d) Goi G=EF N AD khi d6, SG giao tuyén clia mat phang (SEF) va mit phang (SAD).

Cau 14: Cho hinh chép S.ABCD véi M 1a mot diém trén canh SC,N 13 mét diém trén canh BC. Goi

O=ACNBD va K=ANNCD. Khi do:

a) SO la giao tuyén cua hai mat phang (SAC) va (SBD).

b) Giao diém ciia dudng thang AM va mit phang (SBD) la diém ndm trén canh SO .
¢) KM 1a giao tuyén ctia hai mit phang (AMN) va (SCD).

d) Giao diém ctia duong thang SD va mit phang (AMN) 1a diém ndm trén canh KM

PHAN 3. TU' LUAN 7 7

Cau 15: Cho tor dién ABCD . Goi M la diém trén canh 4B, N la di€m thudc canh AC sao cho MN khong
song song véi BC . Goi P la diém nam trong ABCD . Tim giao tuyén ctia cac cip mit phing sau:

a) (MNP),(ABC) b) (MNP),(BCD) ¢) (MNP),(ABD) d) (MNP),(ACD)

Cau 16: Cho to dién ABCD. Goi M,N lan lugt 1 trung diém ctia AB,BC. Ching minh rang bén diém
M ,N,C,D khéng cling nam trong mot mt phang.

Cau 17: Cho hai mit phang (P),(Q) cat nhau theo giao tuyén ¢ va hai dudng thang a,b 1an luot ndm trong
(P),(Q) . Chiing minh rang néu hai duong thang a,b cat nhau thi giao diém cta chung thugc duong
thang d . ‘ i )

Cau 18: Cho hinh chép S.4BC.Goi D, E, F lan lugt 1a ba diem trén ba canh S4,SB,SC sao cho DE cat AB
tai I,EF cit BC tai J,FD cit CA tai K.Ching minh ba diém 7,J,K thing hang.

Cau 19: Cho tr djén ABCD va O la mot diém nam trong tam giac BCD (H.4.3). Xac dinh giao diém cia
duong thang BC va mat phang (40D) .

Hinh 4.3

Cau 20: Cham phat dén trén san bong da cho ta hinh anh vé mot diém thuéc mot mit phang. Hiy tim thém cac
vi du khac cling goi cho ta hinh anh do.

Cau 21: Chiéc xa ngang dat tya 1én hai dém A4, B clia try nhay thé hién hinh anh ctia mot dudng thang di qua
hai diém d6. C6 thé tim dugc mot duong thang khac ciing di qua hai diém 4, B hay khong?
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oy

BAI 11: HAI PUONG THANG SONG SONG

PHAN 1. TRAC NGHIEM 4 PHUONG AN

Cau 1:

Cau 2:

Cau 5:

Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi 7,J,E,F lan luot 1a trung diém
SA4,SB,SC,SD . Trong cic duong thang sau, duong thiang nao khéng song song voi LJ ?

A. AD. B. DC. C. EF . D. 4B .

Cho hinh chép tir giac S.4ABCD, goi M va N lan lugt 14 trung diém céc canh S4 va SC. Khi d6 MN
song song v6i dudng thing

A. AC. B. BC. C. CD. D. AD.

: Cho hinh chép S.4BCD ¢6 ABCD la hinh binh hanh. Goi 1,J,E,F lan luot 1a trung diém

S4,SB,SC,SD . Trong cac dudng thing sau, dudng thiang nao khong song song voi 17 ?
A. EF . B. DC. C. 4D. D. 4B.

: Cho tir dién ABCD, G1a trong tam tir dién.Goi G, 1a giao diém ctia AG va mp (BCD),G,la giao diém

cua BG vamp (ACD) Khang dinh nao sau day 1a dung?
A. GG, // AB. B. GG,/ AC. C. GG, //CD. D. GG, // AD.

Cho tir dién ABCD .Goil, J lan luot 1 trong tAm cac tam giac ABC , ABD Pudng thang LJ song song
v6i duong thang
A. AC. B.CD. C. CM véiM 1a trung diém canh BD . D. DB.

Céu 6: Cho tir dién 4BCD .Goil vaJ lanl uot 1a trong tiam A4BC VaAABD . Chon kh:?mg dinh dung.

Cau 7:

Cau 10:

Cau 11:

A. IJ song songvdiCD . B. IJsong songvdi AB . C. IJ chéo nhauvdiCD . D. IJcat AB .
Cho hinh chép S.ABCc6 E, F lan luot 1a trung diém canh 4B, BC va diém G thoa man SG = %56

Thiét dién ctia hinh chép S.ABCkhi cét boi mit phang (EFG)1a hinh nao dudi day?
A. Tam giac.
B. Hinh binh hanh.

C. Hinh thang chi c6 mét cdp canh song song.
D. Hinh thoi.

: Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi M, N lan luot 14 trung diém S4, SB. P la

mot diém trén canh BC . Thiét dién tao boi mat phang (MNP) véi hinh chép c6 dang la:
A. Hinh chir nhat. B. Hinh thang. C. Hinh tam gidc. D. Hinh binh hanh.

: Chotdién 4BCD.Goi N va P lan luot 14 trung diém cua cac canh BD va 4D ; M la diém thude

doan BC sao cho MC = 2MB . Két luan nao sau ddy ding nhat vé thiét dién cia mét phang (MNP)
voi hin}l chop A4BCD? '

A. Thiét dién la ngi giac. B. Thiét dién 1a hinh binh hanh.

C. Thiét dién 1a hinh thang. D. Thiét dién 1a t giac.

Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Goi 7 1a diém trén canh SO . Mt
phang (/CD) cét hinh chép theo thiét dién 1a hinh gi?

A. Tam giac. B. Hinh thang. C. Hinh binh hanh. D. Hinh chit nhat.

Cho tir dién ABCD . Goi M va N lan luot la trung diém ctia 4B va AC. Ela dién trén canh CD véi
ED =3EC. Thiét dién tao béi mit phang (MNE)va tir dién ABCD la:

A. Tam giac MNE .
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Cau 12:

B. Tur giac MNEF véi F 1a diém bat ki trén canh BD .

C. Hinh binh hanh MNEF véi F 1a diém bat ki trén canh BD ma EF song song véi BC

D. Hinh thang MNEF véi F 1a diém trén canh BD ma EF song song véi BC

Cho hinh chop tir gidc S.4BCD ¢6 day 4ABCD 13 hinh binh hanh. Goi 7 1 trung diém S4 . Thiét dién
ctia hinh chép S.ABCD c it bi mit phang (IBC ) la

A. Tam giac IBC . ﬂ B. Hinh thang /BCJ (J la trung diém SD ).

C. Hinh thang /GBC (G latrung diém SB ).  D.Tu giac IBCD.

PHAN 2. TRAC NGHIEM PUNG SAI

Cau 13:

Cau 14:

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Khi do6:

a) AB songsong CD

b) S4 cat SC;

c) S4 song song BC .

d) SC chéo nhau 4B .

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Diém M thudc canh S4, diém E va F lan luot
1a trung diém cia 4B va BC . Khi do:

a) EF//AC

b) Giao tuyén cia hai mit phiang (SAB) va (SCD) la dudng thing qua S va song song voi AC.
¢) Giao tuyén cua hai mit phang (MBC) va (SAD) duong thang qua M va song song v6i BC .
d) Giao tuyén cta hai mat phang (MEF) va (SAC) la duong thang qua M va song song v6i AC .

PHAN 3. TU LUAN

Cau 15:

Cau 16:

CAu 17: Cho t&r dién 4BCD. Goi M,N lan luot 1a trung diém cua cac canh

Ciu 18:

Cau 19: Cho tir dién ABCD. Goi E,F lan luot 1a trung diém cta cac canh

Cau 20:

Cho tir dién ABCD, goi I va J lan luot 14 trung diém ciia AD va AC,G 1a trong tAm ctia A BCD .
a) Ching minh: 1J //CD b) Tim giao tuyén ctia hai mit phing (GLJ) va (BCD).

¢) Cho biét CD = 6. Biét (GIJ) cat BC,BD lan lugttai M va N.Tinh 21J +3MN =?.

Cho haj hinh binh hénl} ABCD va ABEF khong cing nam trong mot
mat phang. Goi G, H lan lugt la giao diém cta hai duong chéo cia hai
hinh binh hanh d6. Chémg minh ring ba dudng thing GH,CE, DF d6i
mot song song.

AB,AD va P 1a mot diém nam trén CD. Puodng thfmg BC cét mit
phang (MNP) tai Q. Chimg minh ring PQ//BD

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi 7,J lan

luot 14 trung diém cia cac canh S4 va SB. Chimg minh rang 1J //AB ,

trdosuyra 1J//CD .

AB, AC va M 1a mot diém bat ki thudc canh 4D . Gia st ME cit BD
tai N va MF cat CD tai P(H.4.11). Ching minh rang NP//EF .

Mot chiéc gay duogc dat mot dau dua vao tuong va dau kia trén mat san
(H.4.20). Hoi c6 thé dat chiec gdy do6 song song vdi mdt trong cac mép
tuong hay khong?

Cau 21: Mot bé kinh chira nudc co day 1a hinh chit nhat dugc dat nghiéng nhu

Hinh 4.26. Giai thich tai sao duong mép nudc 4B song song vdi canh
CD cua bé nudc.

D
Hinh 4.26
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BAI 12: PUONG THANG VA MAT PHANG SONG SONG

PHAN 1. TRAC NGHIEM 4 PHUONG AN

Cau 1:

Chon khang dinh dung trong cac khang dinh sau. 7
A. Hai duong thang phan bi¢t cung song song vdi mot mat phang thi song song véi nhau.
B. Néu a // (P) thi ton tai trong (P) duong thang b dé b// a.

. lall (P)
C. Néu thi a//b.
bc (P)

D. Néu a / P) va duong thang » cit mit phing (P) thi hai duong thiang ¢ va b cat nhau.

Ciu 2: Cho mit phang a) va duong thang d ¢ (a) . Khang dinh nao sau day la sai?

Cau 3:

(
A.Néu d//(a) thitrong (@) ton tai dudng thang A sao cho A//d .
B.Néu d//(a) vabc(a) thib//d.

C.Néu dn(a)=4 va d'=(a) thi d va d' hodc cdt nhau hogc chéo nhau.

D.Néu d//c;cc(a) thi d//(a).

Cho cac ménh dé sau:

(1).Néu a // (P) thi « song song v6i moi duong thing nam trong (P).

(2). Néu a // (P) thi ¢ song song v6i mot dudng thang nao d6 nam trong (P)

(3).Néu a // (P) thi c6 vo s6 duong thang nam trong (P) song song voi a .

(4). Néu a // (P) thi c6 mot dudng thang 4 nao d6 nam trong (P) sao cho a va d dong phang.

S6 ménh dé dung 1a
A. 2. B. 3. C. 4. D. 1.

Ciu 4: Trong cac khang dinh sau khiang dinh nao sai?

A. Néu mot duong thang song song voi mot trong hai mit phang song song thi no song song voi mit
phéng con lai.

B. Néu mot duong thang cit mot trong hai mat phang song song thi no cat mit phang con lai.

C. Néu hai duong thang song song thi ching cliing ndm trén mot mit phang.

D. Néu hai mit phang phan biét cting song song véi mot mat phang thi chung song song véi nhau.

Ciu 5: Tim khang dinh sai trong cic khang dinh sau day

A. Néu hai mat phéng song song cling cat mat phang thir ba thi hai giao tuyén tao thanh song song voi nhau.
B. Ba mat phang d6i mot song song chan trén hai duong thang chéo nhau nhitng doan thang twong tng ti I¢.
C. Néu mat phang (P) song song voi mat phang (Q) thi moi duong thing nam trén mat phang (P)

déu song song v4i mat phang (Q) .
D. Néu mit phang (P) ¢6 chtra hai dudng thang phan biét va hai dudong thang d6 cung song song song
v6i mit phang (Q) thi mat phang (P) song song v4i mit phing (Q) .

: Cho hinh chép S.ABCD . Goi M va N lan luot 14 trung diém ciia 54 va SC . Khang dinh nao sau day

ding?
A. MN //(ABCD). B. MN//(S4B). C. MN//(SCD).  D. MN//(SBC).

Cau 7: Tim khang dinh dung trong cac khang dinh sau.

A. Néu mot duong thang song song v4i mot mat phang thi nd song song véi mot duong thang nao d6
nam trong mat phang do.

B. Néu hai mit phiang cling song song voi mit phang thir ba thi chiing song song v&i nhau.

C. Néu ba mit phang phan biét d6i mot cat nhau theo ba giao tuyén thi ba giao tuyén d6 phai dong
quy.

D. Trong khong gian, hai dudng thang cling vudng goc voi duong thang thi ba thi hai duong thing d6
song song v&i nhau.

: Cho hinh chép tir gidc S.4BCD .Goi M va N  lan luot 13 trung diém cia S4 va SC . Khang dinh

nao sau day dang?
A. MN//(ABCD). B. MN //(S4B). C. MN //(SCD). D. MN //(SBC).
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Cau 9: Cho tirdién ABCD. Goi G la trong tam cua tam giac ABD, Q thudc canh AB sao cho 40 =208,
P la trung diém cta CB . Khang dinh nao sau day ding?
A. PQ//(BCD). B. GO // (BCD). C. PQ// (ACD). D. 0 e(GDP).

Céu 10: Cho tirdién ABCD, G 1a trong tdm tam gidc 4BD . Trén doan BC lay diém M sao cho MB =2MC
. Khang dinh nao sau day dung ?
A. MG song song (ACD). B. MG song song (ABD).

C. MG song song (ACB). D. MG song song (BCD).

Céau 11: Cho hinh chép S.ABCD day ABCD 1a hinh chit nhat tim O. Goi M 1a trung diém cia OC . Mit phang
(a) qua M va (a) song song véi SAva BD . Thiét dién ctia hinh chép S.ABCDva mp(a) 1a hinh gi?
A. hinh tam giéc. B. hinh binh hanh. C. hinh chi nhat. D. hinh ngii gidc i

Cau 12: Cho hinh chop S.4BCD cb6 ABCD la hinh thang can ddy 16n AD. M, N lan luot 1a hai trung diém
ciia AB va CD. (P) la mit phing qua MN va cit mit bén (SBC) theo mét giao tuyén. Thiét dién
cua (P) vahinh chop 1a

_ A.Hinhbinhhanh. ~ B. Hinh thang. C. Hinh chir nhat. D. Hinh vudng.

PHAN 2. TRAC NGHIEM DUNG SAI

Cau 13: Cho hai mit phang (P),(Q) cat nhau theo giao tuyén la duong thang 4 . Puong thang a song song
v6i ca hai mat phang (P) ,(Q). Ménh dé nao sau day dung?
a) a,d trung nhau. b) a,d chéo nhau. c) a song song d . d) a,d catnhau.

Céu 14: Cho hinh chép S.4BCD c6 day ABCD 1a hinh binh hanh tim O. Goi M, N lan luot 13 trung diém
cac canh AB va CD, P latrung diém canh S4.Khi do:
a) MN//(SBC) b) MN / /(SAD)
¢) SB cét v6i mat phang (MNP) d) SC cét v6i mit phang (MNP)

PHAN 3. TU LUAN ‘ 7 ‘

Cau 15: Cho hai hinh binh hanh 4BCD va ABEF khdng cung nam trong mdt mat phang va cé tam lan luot
1a 0 va 0. Goi M,N lan luot 13 hai diém trén cac canh AE,BD sao cho AM zéAE, BN zéBD.
Ching minh:
a) 00 song song v6i mit phing (ADF) b) MN song song v&i mit phang (CDFE) .

Cau 16: Cho tar dién ABCD . Goi M, N lan lugt 13 trung diém ciia AB va AD . Ching minh rang MN / /(BCD)

Cau 17: Cho tirdién 4BCD . Goi G va G, lan lugt 14 trong tim cua hai tam giac ABD va ACD . Chimg minh
GG, song song v6i cac mit phang (ABC) va (BCD).

CAu 18: Cho tr dién 4BCD . Goi M, N lan luot 13 hai diém thudc hai canh 4B va CD . it () lamat phéng
qua MN va song song v6i BC . Tim giao tuyén cia () v6i cac mit cia t dién ABCD .

Ciu 19: CI}O hinh chop S.4BCD co6 ‘déy la hinh thang, ddy nho 4B =a, day 16n CD =2a. Goi E la trung
diém cua SC . Chung minh rang BE //(SAD) .

Cau 20: Trong cac khong gian hep, nguoi ta thuong thiét ké ti dung quan 4o c¢6 canh e |
ctra trugt. T nay bao gdm khoang ta, canh ctra trugt va hai duong ray truot r_ém!

|

cho mép trén va mép dudi canh cira (Hinh 25) . Biét rang canh ctra truot c6
dang hinh chit nhat va c6 thé kéo truot binh thudng, khi d6 ban Minh noi: e
"Puong ray truot & mép trén cilra song song voi mat ddy cia t quan 40". Em =
hay cho biét phat biéu ciia ban Minh dung hay sai? Vi sao?

Cau 21: Ban Nam quan sat thdy du cira ra vao duoc mé & vi tri nao thi mép trén cta
ctra ludn song song véi mot mat phang cd dinh. Hiy cho biét d6 1a mat phang nao va giai thich tai sao.

Hinh 25
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‘ ’ BAI 13: HAI MAT PHANG SONG SONG

PHAN 1. TRAC NGHIEM 4 PHUONG AN .

Cau 1: Cho hinh hop ABCD.A'B'C'D’ . Ménh dé nao sau day sai?

A. (BA'C')/I(ACD').  B.(ADD'A’)//(BCC'B'). C.(BA'D)//(CB'D').D. (A4BA")//(CB'D").

Cau 2: Cho hinh hop ABCD.A'B'C'D' . Mt phiang (AB'D') song song véi mit phing nao sau day?

A. (BA'C). B. (C'BD). C. (BDA'). D. (ACD').

Cau 3: Chp hai hinh binh hanh ABCD va ABEF c()vtém lan luotla 0 va O, khong cung nam trong mdt mat
phang. Goi M la trung diem 4B, xét cac khang dinh
(1):(ADF)//(BCE);(II):(MOO")//(ADF);(1lI):(MOO')//(BCE); (1V):(ACE)//( BDF )Nhiing
khing dinh nao dung?

A. (I). B. (1),(1). C.(1),(mr),(mr).  D.(1),(11),(11),(1V).

Céu 4: Cho hinh hop ABCD.A'B'C'D’ . Trong cac khang dinh sau, khang dinh nao sai?

A. (4BCD)//(A'BCD'). B.(AA'D")//(BCC'). C.(BDD')//(ACC").D. (ABB')//(CDC').

Céu 5: Cho hinh lang try 4BC.4A'B'C". Goi I,J,K lan luot 13 trong tim cac tam giac ABC, A'B'C', ACC"
. Mt phing nao sau dy song song véi (IJK).

A. (4BB"). B. (4CC"). C. (BB'C"). D. (4BC").

Céu 6: Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh binh hanh, mit bén SBC 14 tam giac déu. Goi M 1a
diém di dong trén doan thing AB, M # A;M # B. Qua M dung mit phang (a) song song voi mat
phang (SBC ) Thiét dién tao véi mat phang (oc) va chop S.ABCD la hinh gi?

A. Hinh thang can. B. Hinh thang vuong. C. Hinh tam giég. D Hinh binh hanh.

Cau 7: Cho ta dién déu ABCD. Goi [ l1a trung diém doan CD, M la diém nam trén doan BC (M khac B

va C), (a) 12 mat phang qua M va song song v6i mit phang (ABI ) Khi d6 thiét dién cua tir dién
ABCD khi cit boi (o) la
A. Mot tam giac vuong can. B, Mot tam giac déu.  C. Mot hinh binh hanh. D. M6t tam giac can.

Cau 8: Cho hinh chop S.4BCD day la hinh thang, AB//CD, AB = a; CD =2a, goi I 1a giao diém cua AC

va BD.Qua Iké duong thang song song CDciat BCtai M.Trén canh SCliy diém N sao cho
CN = 2NS (tham khéo hinh v¢).

S

Khang dinh nao sau day dung?
A. (IMN)//(SA4B). B. (IMN)//(SAD). C. (IMN)//(SAC). D. (IMN)//(SBD).
Cau 9: Cho hinh ling try ABC.A'B'C’. Goi I, J, K lan luot 1a trong tAm cua cac tam giac ABC, ACC',
A'B'C' . Mit phang nao sau day song song v6i mit phang (UK ) ?
A. (44C). B. (4'BC"). C. (4BC). D. (BB'C').
Cau 10: Cho hinh chép S.4BCD, ddy ABCD la hinh binh hanh. Goi 4',B',C',D' lan luot 13 trung diém
SA4,SB, SC,SD . Khang dinh nao sau day ding?
A. A'C'||BD. B. 4'B'||(S4D).  C. A'C'||(SBD).  D.(4'C'D")||(4BC).
Cau 11: Cho hinh lang tru ABC.A'B'C’ (nhu hinh v§).
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Léy cac diém D, E, F lan luot 1a trung diém cua AA4', BB',
CC' va diém G 1a trong tdm cta tam giac ABC. Ménh dé nao
sau day dung?

A. (DEB)|(A'BF).  B.(EFG)|(BCD). C
C. (DB'C')||(4EF).  D.(DEG)||(A'BC).

Cau 12: Cho hinh chop S.4BCD c6 ddy ABCD la hinh binh hanh. Goi
M, N, K lan luot 1a trung diém cac canh 4B, BC, SB. Chon
khang dinh dting trong cac khing dinh dudi day.

A. (MNK)//(S4C).  B.(MNK)//(SAD).
C. (MNK)//(SCD).  D.(MNK)//(SAB).

PHAN 2. TRAC NGHIEM DPUNG SAI 7 7

Cau 13: Trong mat phang (P), cho hinh binh hanh ABCD . V& cac nira duong thang
song song nhau, nam vé mot phia d6i véi mat phang (P) va di qua cac diém 4,B, C,D. Mot mat

phing (Q) cét bdn nira duong thing néi trén tai 4,B,C,D'.

a) mp(AA',BB') song song v&i mp(CC',DD') :

b) AB//CD

¢) Ttr giac A B'C'D' 1a hinh thang

d) Goi O va O lan luot 1a giao diém ctia hai duong chéo ciia ABCD va A B'C'D . Khi 4600 //AA
Cau 14: Cho lang try tam giac ABC-AB'C ¢6 I,K,G lan luot Ia trong tim cac tam giac ABC,ABC ,ACC

. Goi M, M 14n luot 14 trung diém cua BC,BC . Khi do:

a) AMM A" 14 hinh binh hanh by AL _AG _1
AM ~ AN 3
¢) (IKG) cét (Bcc’B’) d) (A’KG) //(AIB').

PHAN 3. TU LUAN

Cau 15: Cho hinh binh hanh 4BCD va ABEF nam & hai mit phang khac nhau. Goi M 1a trong tim AABE .
Goi (P) 1a mit phang di qua M va song song véi mit (ADF). Liy N la giao diém cta (P) va AC
. Chiing minh:

a) EFDC lahinhthang b) FD//EC c) (ADF)//(BCE). d) A—sz

NC 3

Cau 16: Khi cat mot chiéc banh ga-t6 hinh hop, Thuy nhan thdy vét cat & mit trén va mit dudi cta banh goi
nén hinh anh vé hai dudng thing song song v6i nhau. Hoi nhan xét ciia Thuy ¢6 dung khong? Vi sao?

Cau 17: Cho hinh chép S.4BCD c6 ddy ABCD 14 hinh binh hanh tim O, goi M, N lan luot 14 trung diém
cua S4,8D . Chung minh (OMN)//(SBC).

CAu 18: Cho hinh lang try tir gidc ABCD-AB'C'D ¢6 ddy ABCD 1la hinh
thang. Chirng minh rang ddy 4 B'C'D’ 14 hinh thang.

Cau 19: Cho hinh hop ABCD-A'B'C'D'. Mot mit phang (P) cit cac canh
AD,BC,B'C',AD lan luot tai E,F,G,H . Ching minh rang ti
giac EFGH 1a hinh binh hanh.

Cau 20: Mot chiéc ban c6 phan chan 14 hai khung st hinh chir nhét co thé
xoay quanh mot truc nhu trong Hinh 4.43. Khi mét ban dugc dat 1én
phan chan ban thi mat ban luén song song voi mat dat. Hay giai thich
tai sao.

Cau 21: Dt mot tim bia ctng 1én mot goc ciia mat ban nam ngang (H.4.44)
sao cho mit bia song song voi mat dat. Khi ¢6 mat bia co tring véi
mat ban hay khong?

Hinh 4.44
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BAI 14: PHEP CHIEU SONG SONG

PHAN 1. TRAC NGHIEM 4 PHUONG AN

Cau 1:

Trong khong gian, cho hinh thang ABCD c6 AB//CD, AB>CD va mit phang (P) khong song song
v6i AD . Phép chiéu song song 1én mit phang (P) theo phuong 4D bién ABCD thanh
A. mot hinh thang. B. mot tam giac. C. mdt doan thfmg. D. mot hinh binh hanh.

Céu 2: Trong khong gian, cho AABC niam trong mit phing song song véi miat phing (P) Phép chiéu song

song 1én mat phang (P) theo phuong / (khong song song (P)) bién AABC thanh

A. mot tam giac khong bang AABC . B. mot tam giac bang A4BC .
C. mot doan thang. D. mot diém.

: Qua phép chiéu song song 1én mit phang (P) , hai duong thang chéo nhau ¢ va b c6 hinh chiéu 1a hai

duodng thang a',b'. Ménh d nao sau day la dung?
A. &’ va b’ ludn ludn cét nhau. B. o' va b’ c6 thé trang nhau.
C. da' va b’ khong thé song song. D. &' va b’ co thé cat nhau hodc song song nhau.

: Qua phép chiéu song song 1én mit phing (P) , hai duong thang a va b c6 hinh chiéu 14 hai dudng thing

song song a' va b'. Khi do:
A. a va b phai song song vgi nhau. B. a va b phai cat nhau.
C. a va b co6 thé chéo nhau hodc song song. D. a va b khong thé song song.

: Cho hinh chép S.4BCD c6 day 1a hinh binh hanh. M 14 trung diém ciia SC . Hinh chiéu song song

ctia diém M theo phuong AB 1én mat phang (SAD) 1a diém nao sau day?
A, S. B. Trung diém cua SD . C. 4. D. D.

: Cho hinh chép S.ABCD c6 day la hinh binh hanh, goi M 1a trung diém cta canh SC (nhu hinh v&).

Hinh chiéu song song cuia diém M theo phuong AC 1én mit phang (SAD) 1a diém nao sau day?

A. Trung diém SB. B. Trung diém Sp. C.Diém D. D. Trung diém S4.

Cau 7: Cho hinh thang ABCD ¢4 day lon 4B va AB =2CD | hinh chiéu song song cua ABCD 13 iy giac

Cau 8:

Cau 9:

ABCD Chon khang dinh diing trong cac khing dinh sau?
A. AB =CD. B.24B =CD'. C. 4B =2C'D. D. 4B <CD.
Hinh nao sau day 1a hinh bic¢u dién cua mot luc giac deu?

C. . D. e
Tén cac hinh khdi c6 hinh biéu dién trong hinh 10 1an lugt 14?
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a) b) c)
Hinh 10

A. Hinh hgp chit nhat; Hinh lang tru ti gidc; Hinh chop c6 day 1a hinh thang.

B. Hinh hdp chit nhat; Hinh lang tru tam giac; Hinh chop c6 day 1a hinh vudng.

C. Hinh hop chir nhat; Hinh lang tru tam giac; Hinh chop c6 day 1a hinh thang.

D. Hinh hop chit nhat; Hinh lang tru t& giac; Hinh chop c6 day 1a hinh vudng.
Cau 10: Chiéu song song bién hai duong thang song song thanh

A. Hai dudng thang song song.

B. Hai duong thang tring nhau

C. Hai duong thing tring nhau hodc hai duong thang song song.

D. Hai duong thang chéo nhau.
Cau 11: Qua phép chiéu song song, tinh chat nao khong duoc bao toan?

A. dong quy. B. song song. C. thang hang. D. Chéo nhau.
Cau 12: Hinh chi€u song song cta hinh chit nhat khong thé 1a hinh nao trong cac hinh sau?
A. Hinh thang. B. Hinh binh hanh. C. Hinh chir nhat. D. Hinh thoi.

PHAN 2. TRAC NGHIEM PUNG SAI

Cau 13: Cac ménh dé sau dung/sai?

a) Phép chiéu song song bién ba diém thang hang thanh ba diém thang hang va khong 1a thay doi thir
tu ba diém do.

b) Hinh chiéu song song cta hai duong thang song song 14 hai duong thang song song.

¢) Phép chiéu song song khong lam thay ddi ti s do dai ctia hai doan thang nam trén hai duong thang
song song hodc trung nhau.

d) Hinh chiéu song song cia mot duong thang 1a mot duong thing.

Cau 14: Cho hinh chép S.4BCD c6 day la hinh binh hanh, trén canh S4 lay diém M sao cho M4 =2MS .
Goi O 1a tAm caa hinh binh hanh ABCD . M6t phép chiéu song song theo phuong MO 1én mit phing
(ABCD) bién diém S thanh diém N .

a) N 1a hinh chiéu song song ciia S 1én mit phang (4BCD) theo phuong OM .

py 49 _1 o AN _4 o N _1
‘ AN 3 AC cA 4
PHAN 3. TU'LUAN

Ciu 15: Trong Hinh 5, hiy cho biét hinh nao 1 hinh biéu dién cta tir dién?

L3>

a) b) c)
Hinh 5

Cau 16: Trong cac hinh sau, hinh nao 14 hinh biéu dién cta hinh ling tru dimg c6 day 1 luc gidc déu?

a) b) c) d)
Hinh 9

Céu 17: Hinh biéu dién ciia hai duong thang chéo nhau c6 thé 13 hai duong thang song
song dugc khong? Vi sao? ,
Cau 18: Cho hinh hop ABCD.A'B'C'D'. Xéc dinh anh cua tam giac A'C'B qua |

phép chiéu song song 1én mit phang (ABCD) theo phuong DD’

Cau 19: Chiing minh rang hinh chiéu song song ciia mot hinh thang 1a mét hinh Hinh 4
thang (H.4.61).
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Cau 20: Phép chiéu song song cé thé duoc sir dung dé v€ dang ndi (hay dang 3D) cua chir cai nhu trong hinh
dudi day. Theo phuong phap d6 hiy vé dang noi ctia mot sé chir cai quen thuée nhu L, N, T,..

L T AT
RN HEEN EEEN
S 11

ZER

Cau 21: Cho hinh lang try ABC-ABC';I va I lan luot 13 trung diém cua doan 4B va A'B .
a) Ching minh A7/ /IB
b) Tim hinh chiéu song song ctia C theo phuong A/ trén mit phang (A'B'C') .

CHUONG V: GIOI HAN. HAM SO LIEN TUC

‘ , BAI 15: GIOI HAN CUA DAY SO
PHAN 1. TRAC NGHIEM 4 PHUONG AN
Cau 1: Tim dang hiru ty cua so thap phan vo han tuan hoan P = 2,13131313...,
212 213 211 _ 211

A.P=— B. P=—. C.P=——-. D. P = .
99 100 100 99

Cau 2: Cho cac diy s6 (un), (v”) va limu, = a, limy, =+ thi lim 2 bang
\%

n

A. 1. B.o. C. —w. D. +w.
Céu 3: Cho day s6 (u,)

1 . :
un—2|<—3 v6imoi n e N *. Khi do

n

A. limu, khong ton tai. B. limu, =1. C. limu, =0. D. limu, =2.
Céau 4: Phat biéu nao sau déy 1a sai?

A. limu, = ¢ (u, =clahing sd). B. limg" =0 (jg|>1). C. liml=0. D. 1imik=o(k>1).
n n

. -1
Cau 5: Tinh Lzhmn3 .
n+3
A. L=1. B. L=0. C. L=3. D. L=2.
Cau 6: Day so nao sau day c6 gidi han bang 0 ?
2_ 2_ 1_2 _ 2
A. unzn—zz. B. un:n—an_ C. un=—n2. D. unzi
Sn+3n 5n+3n Sn+3n S5n+3n
Cau 7: Tinh 1=lim22n—_3
2n" +3n+1
A. I =—o. B. /=0. C.I=+o. D. /=1.
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2—n

Cau 8: Giatri cia lim bang
n+1
A. 1. B. 2. C. 1. D. 0.
. . -2 .
Cau 9: Kétquacua lim " bang:
3n+1
A.l. B. —l. C. 2. D. 1.
3 3
.1 .
Cau 10: Tinh gidi han / =lim 3On +12 ta dugc ket qua:
n_
A.Iz—m. B.Izm. C.Izi. D. [=——.
3 3 10 5
Cau 11: lim bang
S5n+3
1 1
A. 0. B. —. C. +o0. D. —-.
3 5
Cau 12: Giéi han cua day s6 (u,) véi u, = ,neN la:
-n
A, 2. B.z. C. 1. D. —l.
. ) . 3 3
PHAN 2. TRAC NGHIEM DUNG SAI
Cau 13: Biét gidi han lim 2ntl _ a . Khi do:
-3n+2
a) Gia tri a 16n hon 0.
b) Ba 56 —%; a;% tao thanh mot cap sb cong véi cong sai bang 2
c¢) Trén khoang (—72;7[) phuong trinh lugng gidc sinx =a c6 3 nghi¢ém
d) Cho cap s6 nhan (un) voicong boi ¢ =3 va u, =a, thi u; =—6
Cau 14: Tinh dugc cac gidi han sau, khi do:
a) lim(gj =0 b) lim L _ —o0 c) lim%:O d) im4=0
3 “2) n
PHAN 3. TU LUAN
Céau 15: a) Tinh tong ctia cip s6 nhan 10i v6 han (un) VOl u, = %,q = —% .
b) Biéu dién s6 thap phan vo han tuan hoan 2,(3) dudi dang phan sd.
r 4 1
Céu 16: Cho day s6 (u,) c6 tinh chat |u, —2| < 3 Tinh lim ,
2
Céu 17: Tinh lim 221
n—>+o 3pn° +pn
Cau 18: Tinh duoc céc gi6i han sau: a) lim(x/3)" b) limz" ¢) lim(n3 +2n° —4) d) 1im(—n4 +5n° - 4n)
Cau 19: Tinh téng S = —l+l—i+---+(—1)”L+---
39 27 3"

l+a+a’+-+a"

Cau 20: Cho u, = v6i a,b 1a cac sb thuc thoa man |a|<1,|h|<1. Tinh lim u,.

1+b+b*+---+b" ’ o nion

Cau 21: Mot qua bong cao su dugc tha tir d§ cao 5m xuong mot mat san. Sau moi lan cham san, qua bong nay
1én d6 cao bang % d6 cao trude d6. Gia st ring quéa bong ludén chuyén dong vudng goc v6i mit san va
qua trinh nay tiép dién v6 han lan. Gia sir u, 1a do cao (tinh bang mét) ciia qua bong sau 1an nay 1én
thir n. Chirng minh rang diy sb (u ) c6 gioi han 1a 0.

n

Trang 32



‘ , BAI 16: GIGI HAN CUA HAM SO
PHAN 1. TRAC NGHIEM 4 PHUONG AN
Cau 1: Cho cdc gi6i han: lim f(x)=2; lim g(x)=3,hoi lim[3/(x)-4g(x)] bang

A. 5. B. 2. C. 6. D. 3.
Cau 2: Gié tri cla 1in}(2x2 ~3x+1) bing
A. 2. B. 1. C. +o. D. 0.
Cau 3: Tinh gii han L = lim>—>
=3 x+3
A. L=—o. B. L=0. C. L=+wx. D. L=1.
Cau4: Giatricua 1in}(3x2 —2x+1) béng:
A. +oo. B. 2. C.1. D. 3.
Cau 5: Gi6i han 1in}l(x2 —x+7) bing?
A. 5. B. 9. C.o0. D. 7.
.  2fx+1=5xt -3
Cau 6: lim bang.
¥>=2 2x+3
1 1
A. —. B. —. C.7. D. 3.
3 r 7 N
Cau 7: Gidi han nao sau day c6 két qua bang +00?
A lim =3 B. lim 2.  Tim— L D. lim—"1
x—1 (x_l) x—1 (x_l) x—1 (x_l) x—1 (x_l)
N C e L . % X+X+x +..4+x0 =50 . Y , e
Cau 8: Goi4 la gioi han ciia ham so f(x)= ; khi x tién dén 1. Tinh gid tri cua A.
x_
A. 4 khong ton tai. B. 4=1725. C. 4=1527. D. 4=1275.
Cau 9: Trong bon gidi han sau day, gidi han nao bang —oo ?
A lim 2XF2 B. lim =% C. lim =24 D. lim —=2*%
x40y — =2 x—2 =2t x =2 S )
Cau 10: Tinh lim —2xtl bang
-7 x —
A. +0. B. —©. C.z. D.l.
. . 3 3
Cau 11: Trong cac ménh dé sau ménh d¢€ nao sai
A. lim(\/xz—x+1+x—2)=—§. B. lim 3x+2=—oo
X320 2 -7 x+1
: . 3x+2
C. lim (\/xz—x+1+x—2):+oo. D. lim al N =—00
X—>+00 x——1" X+
x> +ax+b -
Chu 12: Goi a,b la cdc gid tri dé ham s6 f(x)=1 +’—4 X 6 gi6i han hiru han khi x dan t6i —2.
x+1Lx>-2
Tinh 3a-b?
A8 ~ B.4 C. 24. D. 12.
PHAN 2. TRAC NGHIEM DUNG SAI
Cau 13: Tim duoc cac gioi han sau:
_ 2 2 _ 2 _
) lim(=5x —4x+2)=23b) lim 225 2 ) pim EERD o g i X025
x>0 >l 4x+1 4 -5 x45 -4 xT +4x 4
) x=2 khix < -1
Cau 14: Cho ham so f(x)= . Khi do:
Vx*+1  khix>-1
a) Giéi han lim f(x)=+/5 b) Gi6i han lim f(x)=-3.
X x—>=1"
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¢) Giéi han lim f(x)=~/2
x—-1"

PHAN 3. TU LUAN
Cau 15: Tim duoc cac gioi han sau:

/ 1
a) lim —-x+3 b) lim
) x—-2 (x * ) ) x—6 X+ 3

Ciu 16: Cac ménh dé sau dung/sai

b) lim

3x+4,x<-1

Ciu 17: Cho ham s6 =
au oham so f(x) {3—2x2 s

Cau 18: Biét lim £ (x) = 2. Tinh 11m(f (x;
x_

CAau 19: Tinh gidi han hm(x 1) x+2

x
Cau 20: Biét lim g(x)=1. Tinh lim (x ~1)g(x).

i | =2x

d) Ham s6 ton tai giéi han khi x — —1

2 2
o) limx 3x+2 d) lim 2x -2|-3x+1‘
x—2 x—=2 x—-1 x =1

\/x“—x. d) lim Vxt —x

¢) lim .
xo—0 ] —2x

x—>-o ]| — X

. Tim cdc gioi han lim f(x), lim f(x) va lim f(x).
x—>-1" x—>-1" X—>—

Cau 21: Mot nguoi lai xe tur dia dlem A dén dia diém B trong thoi gian 3 gio. Biét quing duong tr 4 dén B
dai 180 km . Ching t6 rang co it nhit mot thoi diém trén hanh trinh, xe chay v6i van tc 60km / h .

BAI 17: HAM SO LIEN TUC

PHAN 1. TRAC NGHIEM 4 PHUONG AN

Céu 1: Cho ham s f(x) xdc dinh trén [a;b]. Tim ménh d& ding.
A. Néu ham s6 f(x) lién tuc trén [a;b] va f(a)f(b)>0 thi phuong trinh f(x)=0 khong co

nghi¢m trong khoang (a;b).

B.Néu f(a)f(b)<O0 thi phuong trinh f(x)=0 c6 it nhat mot nghiém trong khoang (a;b)
C.Néuhamsb f(x) lién tuc, ting trén [a;b] va f(a)f(b)> 0 thi phuong trinh £ (x)=0 khong c6

nghi¢m trong khoang (a;b).

D. Néu phuong trinh £ (x) = 0 c6 nghiém trong khodng (a;b) thi ham sé £ (x) phdi lién tuc trén (a;b)

Cau 2: Cho ham s y = f(x) lién tuc trén doan [a;b]. Ménh dé nao duéi day ding?

A.Néu f(a).f(b)> 0 thi phuong trinh f(x) = 0 khéng c6 nghiém nam trong (a;b).

B.Néu f(a).f(b) <0 thi phuong trinh f(x) =0 c6 it nhat mot nghiém nam trong (a;b).

C.Néu f(a).f(b)> 0 thi phuong trinh f(x) =0 c6 it nhit mot nghiém nam trong (a;b).

D. Néu phuong trinh £(x) = 0 c6 it nhdt mot nghiém nam trong (a;b) thi f(a).f(b)<0.

CAu 3: Cho db thi cia ham s y = f(x) nhu hinh v€ sau:

Chon ménh dé dang.

A. Ham sb y=f (x) ¢4 dao ham tai diém x =0 nhung khong lién tuc tai diém x=0.
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B. Ham sb y=f (x) lién tuc tai diém x =0 nhung khong c6 dao ham tai diém x=0.
C. Ham sb y= f(x) lién tuc va c6 dao ham tai diém x=0.
D. Ham s y=f (x) khong lién tuc va khong cé dao ham tai diém x=0.

Ciu 4: Hinh nao trong cac hinh duéi day 1a d thi ciia ham s6 khong lién tuc tai x=1?

¥ ¥
A &

1l-
O 1 & &
A. B
k] ¥
F 1 :lu
1 \ k-
o 1 - b x o ,_1//1 = x
C. g : D. ) :
Céu 5: Néu ham s6 y = f(x) lién tuc, don diéu trén [a;b6] va f(a).f(b)<0 thi phuong trinh f(x)=0 ¢6
nghiém duy nhat. ‘ o
A. C6 dung hai ménh dé sai. B. Ca ba ménh d¢ déu dung.
C. Ca ba ménh dé déu sai. D. C6 dting mét ménh dé sai.
1-x
Ciu 6: Chohamsd y=< 1_y ki x<l . Hay chon két luan ding
1 ,khi x>1
A. y liéntyc phditai x =1. B. y liéntyctai x=1.
C. y liéntuc traitai x=1. D. y lién tuc trén R.
Cau 7: Ham s6 ndo sau day lién tyc tai x=1:
X x+1 X' —x—2 x4 x+1 x+1
A f(x)=———. B. f(x)=———_ C. f(x)=—_D. f(x)= :
== fo)=— ¢ =, =5
Ciu 8: Ham so nao dudi day gian doan tai diem x, =-1.
2x—1 X x+1
A y=(x+1)(x*+2). B.y= : C.y=—no. D. y= :
y ( )( ) Y x+1 Y x—1 d X’ +1
Cau 9: Ham s0 nao sau day gian doantai x =2 ?
3x-4 .
A. y= al 5 B. y=sinx. C.y=x"-2x"+1 D. y=tanx.
x_
Céu 10: Haim s y =L1 gian doan tai diém X, bang?
X+
A. x,=2018. B. x,=1. C.x,=0 D. x, =-1.
xP=Tx+12 Khi x =3
Caull: Chohamsé y=1" y_3 *7 2 Ménh d nao sau day ding?
-1 khi x =3

A. Ham sb lién tuc nhung khong c6 dao ham tai x, = 3.
B. Ham sb gian doan va khong c6 dao ham tai x, =3.
C. Ham sb c6 dao ham nhung khong lién tuc tai x, =3.
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D. Ham s0 lién tyc va c6 dao ham tai x, =3.

, _ X2 hi xe2 ‘
Céu 12: Cho ham s§ f(x)=1x+2-2 . Chon ménh dé diing?
4 khi x=2
A.Ham s liéntuc tai x=2. B. Ham s6 gian doan tai x=2.
C. r(4)=2. D. lim f(x)=2.

x—2

PHAN 2. TRAC NGHIEM DUNG SAI

sinzx khi |x| <1
x+1  khi [x>1
a) Ham s6 lién tuc trén R .

b) Ham s lién tuc trén cac khoang (—o0;—1) va (=1;+0).

Cau 13: Cho ham s& f(x) ={ . Cac ménh d¢ sau dung/sai?

¢) Ham sb lién tuc trén cac khoang (—o0;1) va (1;+00).
d) Ham s6 gian doan tai x ==+1.
S [res
Céu 14: Cho cac ham s0 f(x)=< x—2
4,5 khix =2
a) Ham s6 g(x) lién tuc tai diém x, =2.
b) Gi6i han lim f (x) = 4

khix=2 . g(x)=—21 . Khi d6:
x_

¢) Ham s6 £ (x) lién tuc tai diém x, =2.

/()

lién tyc tai diém x, =2.
g(x)

d) Him s6 y =

PHAN 3. TU LUAN ,
Cau 15: Xét dugc tinh lién tuc ctia cac ham s6 sau trén tap xac dinh cua no6:

a) f(x)=x'-x>+8x. b) f(x)= 2 o fe =S g = Jr—2.

x2=3x x+1

~X khix<1

CAu 16: X¢ét tinh lién tuc ciia ham sb: f(x) = 5
x —3x+2

2
X —

khi x >1

Cau 17: Tim gié tri cua tham s6 m sao cho ham sb f (x) = {xz 2 né}l,l v <1 lién tyc tai x=1.
mx +1néux >1
3 néux <1
CAu 18: Cho ham sb f (x)=qax +b néul<x <2. Xac dinh a,» déham sb lién tuc trén R.
5 néux >2

Ciu 19: Chiing t6 rang phuong trinh 2x° + a(x2 —1) +1=0 ludn c6 nghiém véi moi s thuc a .

tai x=1.

Céu 20: Cho ham sé g(x) lién tuc trén R trir diém x = 0. Xét tinh lién tuc cia ham sb f(x) = &)
X

Céu 21: Ching minh rang phuong trinh 4x* + 2x> — x —3 = 0 ¢6 it nhat 2 nghiém trong khoang (-L1).

Trang 36



