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LGOI NOI DAU

Chung toi bien soan quven sach nay nham giap hoe sinh elhwin b cho
thi tree nghiem cua ki thh Ta tin v Tuven sinh vao Do hoe va Cao dang bin

dau e nam 2007,

Thi trac nghicm mon Toan fa v de man nen vice bien soam va hoc

de B beo veae nghaem ban dian <o co shicu b ngo

Trong ki thi Ta via vie Toven sinh viao Dai hoe <o ¢iu trae nghiem Tich
phan la 5 caun thal gian oo bin Khoeang 9 phat, Dav i khoang thot gian e
ngan nen the sinh phai nam st vung cice eang thae, co ki nang suv luan va

tinh tuan nhanh.

Trong qua trimh bién soan. {'lu'm;:llui da giam G eie baa toan dan hoace
khoo Chae b toin g lugn chi eé mue dich tap dot ki niing tnh todn. dip dung
cong hue . hoc sinh chu yéu ty giai quyét tra loi cic cau trae nghiém sau déo
t eliaah g qua ciu tra loi.

Bien soan ciu hoi trae nghiém la vin dé mai, cie ciu hoi dung duge
hay khong phai thong qua qui trinh giang day, lam tha cua hoe sinh nén
budge lau s co mdt so cau chua hay. Chang toi sé rat kinh nghi¢m va chinh

s pong eae lan tai ban. xin ban doc luong tha.

Cac tae gia
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L.C/ A9%¢




Vay .l'txkix = I4 cos” x sin xdx - -[3 sin xdx
S .ﬂx}dx =z -4 Icoa: xdicosx) - 3 J-:sin xdx
P ‘1 i )
= fixdx = v—_jmsx+.}msx+c (]

Tim ho nguyén ham cua fix)= - - i

V2 + SIDX - cos X

Ta ¢6 \‘FQ + SINX — COBX = \J - '«."E cas{t X + :] & \';:5_2 i 1 - cos X

dX 0m
= v2.2sin"| o+ ]
v t2 " 8

Do dé If d 1 J' dx 1 J‘?,d[%%;—:\[
o o Hixdx = - = -
242 siu"[x%:j 242 sm“L}— -’1]
) 2 8]
=~}5—cm[;+;] ]

'

Tin ho nguyén haun cia fix) = sin'x.

. . PR T 1 B 4
Tacéo: fix) = (8in"x) = : (1 - cos2x¥*

= fix) = 1 [1 - 2c082x + %{1 + cosdx}|

L -

[%-— 2 cos 2x + ;-%_cosﬂx]

Xl= -
= ,ﬁ 1

Viy I!‘t_xx-lx = ;:’ - : sin 2x + 312 sindx + C "

axl 5 ¢ . 1
Tim ho nguvén ham cua fix) = : X

1
cos x.eus['z +X I

Ta cd : fixi= -~ -1---

n : on)
COS X| COB X.CO08 2 = sHI X, 8in 4 |

= fix}= - L,

)

L]

\'2 i v
-2 {(CO5™ X - SIN X CO5X)

18



Chia td va mau cho cos x ta duie
iy
. T cidtl o tan x)
J’ fixidx = 2 j RSt Xy {20 LA
1 tianx I -tanx
= \BEHFI tans! =+ U'm
“um ho nguyén haam coa fixi = s x l 12+ 2s1mm2x).
) i b . . nl
Te cd - flx) = 25111{ X - | + 281n2x sin! X } J
I' - T | T
ey fix) = 2sin| x cos .| 3x , +CUS§LX+I

De dio If{x]dx = ~2£‘us! X - : \

<D.:sin!.‘ix 2 &
\ i

4+ sin

g/

(x+£)+C [ ]
4

Titm ho nguyén ham cua fix) =

Siidou + X

s

cos X

(u 1a hing s6).

SIN U COSX +

SHI X cusu

Tz cd Ry 20T :
cos” X

¢ : : cos xdx sin x

= fixidx = sinu J S 1 I__._ !d?f
, 1-s1n7 x Co8™ X
i A “d{Sill X COs X

= fix)dx = sinu J —roet om OO0 _i_r;"
- sin~x -1 cos” x
B -sina, sinx - 1 COS
. 2 sinx +1  cosx

: - ’ dx
3sin® x -8sinxcosx + beos” x

Chia tu va mau ham sé dudi diu TP cho cos’x thi :

dx
I 2 I cos® x
Stan® x - 8tanx + 5
Pa t=ztanx = di= - d’f
Cos” X
J' dt f dt
— I — S = S i
3t> -8t + 5 (t - 1%3t - 5)
1 A B

(t - 1n3t -~ 5} t-1 -5

19




10, fl =

][AT: —-l
= 1=ABt-5+Bt-1) i : -
| 3
B="
7 2
1 dt 3 dt
Vi I=-- |+——4 = }———
= 2 1121 2-[31,-5
= l—ré---lnlt 1I+11ui3t 51 + C
1 l3t~5!
e I=~In - + C .
= 27 -1
5 l=£h|3t,anx 51 +C o
2 ftanx ~-11

 BAI TAP TU GIAI

Tim ho nguyén ham cua :

1 fx) = cat-."(z-x + g]

3. fix) = sin"x + cos"x
eotx
1+ si-n"-x

3

Xy s e
smzx = smx

Zx +2x+5

e r—

X' -3x+2

5. f%) =

8. Cho fix) =

!.'l'l

“a) Tim m, n. p 46 fix) = — -
' : _ x-1

b) Tim ho nguyén ham cua fix).
' 1

i - !

{fama Xcos’ X
sin x

1+ sin 2x

xi;

12. fix) =

14. fix) =
(x* + 1)%

1

- X

16. fix) =

X'

20

]

2. fix}= tan[x

% 1
+ = .eot[x-+ J
3) 5

xzml

e T e e

{x +5x 1»1:'{:( - 3:-:+ l}

4. fix) =

e k) e xlu il

1+x

_2

%% ~ %

i
8. fix)= *

N
X+2

; R
1L Rx) = —2 2

Sinx + v3cosx

1

sin 2xX —sin X

15. fix) = : -
et ~4e *

13. fix) =



50 CAU HOI TRAC NGHIEM

Van dé 1. HO NGUYEN HAM

5.

6.

Dang thuc nao sau day Ly soi

al (J.fl.x_!{lx]' = fix) b} —f[i'ixii'¢£x=f{xl + C

¢l ”ﬂx\dx). = fixi1+ C di { Jl'uult ) = fit),

Cho fix) xac dinh trén la; bl co Fix)y la nguyén ham cda [ix) trén (a; b
Ket luan nao sau dav o dang - Fioxo la mdt nguyén ham cua fix) trén
[a: b| khi va chi khi ¢

a) F'ia)=fia) va f'ib) = fib) b Fia® = ﬂ-a} va F'iib*) = fib)
¢) Flia) = flay va Fib'y = fib) di Fia') = fia) va Fiib ) = fib).

Ménh dé nao sau day sai ¢
al { Iftx,\dxl = f(x)

by Fix) la 1 nguvén ham cua fixi trén {a; bl < F'(x) = fix) ¥vx e [a; bl

¢) Néu F(x) 1a 1 nguven ham cua fix) trén (a; b) va € [a hang s6 th
Ifix}cix = Fix)+ C.

d) Moi ham sé lién tuc trén [a; b] déu co nguyén ham trén [a; b}

Cho Fix) va G(x) la mot nguyen ham cua fix) va g(x) trén K < R 1a hang
s0. Két luan nao sau day la sai :

a) .Iflx}t glx)ldx = Fox) + Gixi + €
b) .[kf'tx) + h'g{lel = kFix)+ hGix)+C véik. he R

c) 'f{x}.g(x}dx =Fix)1.G(x) + C

d) F'ix)=Rx) vxe K.
Biét J.ﬂy}dy = x* 4+ xy + C thi fiy) bing

aly b) x e) -; d) xy.
T O ;
Biét jf{y)dy = ——+— + C thi fly) bang :
x?  y*
: 2 2 2
“a) 2y =+ . b) = e} - — d) it
y' v X’

21



7. Ho nguyén ham cua sin’x la :

- l(x— 511123:) by X sin2x
2 2 2 4
1. 1
c) E[x + 2c082x) + C d) E{x - 2c082x) + C.
k|
8. Mot nguyén ham cia fix) = (2x - 1)e* |a:
b L
a) Fix) = x%e* b) Fix) = xex
1 1
¢) F{x) = e* d) Fix) = (x? - lex .
-
9. Mot nguyén ham cua fix) = o la :
x+1
x? x* i
a) — 4 3% - 6llx+ 1} bi-:2—+3x+6111|x+lf
’ ”
¢) r ~3x + 6lnlx + 1] ) = -~ 3x + 6Intx + 1).
e'll o
10. Mot nguyén ham cia fix) = " Ia .
' ML a2 5
&) ~e®eix b) i-é#"'-—x o) 26 4 x d) 2™ - x.
2 2 .
11, Ho nguyén ham cia ( : x ] la :
i . 1
a) == -2nlx| +x+C b)) = -2lnx+x +C
1 i 1
¢) = -2nlxl+x+C d -= -2mlxl-x+C
. x %
12, Htj nguyén ham cia f{x) = xcosx” Ia :
a) cosx’ + C b) sinx* + C c) %sinxu +C d) 2sind® +C.
13. Ho nguyén ham cua ix) = 21 a :
x* -4
&}lhtx-z 0 b) i111-3+2+C
4 X+ 2 4 x-2
c) ~1-lnx_2+C th-l—lnx+2+C‘
X+2 2 |x~-2

22



vl ex b e 2

Ho nguyen ham cua fixi = lia
X
T . 1
ol X7 - — e I3 X"+ S (
X X
1{ » 11 . . 1
¢ =i XT - — | PR 2 dy ~x* vz A,
2 X~/ 2 2%

16.

17.

18,

19,

20,

21.

o nguyén ham cua gix) = sinxsin2x la

) —sin3x - lsinx +C b)
6 2

.2
5111 X

3. : -
¢) 351113.*: ~ginx + C : d)

i

Ho nguyén ham cua fix) = cosxcos3x la

-ulsinﬁx + iﬁinx +C
6 2

sin‘2x + C.

- sindx P Sin2x i &) _sm4x sin2x . C
8 4 8
o) 2sindx + sin2x + C d) sinx+ +C.
do nguyén ham cua hix) = sinxcos3x :
) caséx . sinZx e b) _+cosdx ~ sin2x +C
8 4 8
k. cos4x ~ sin2x . C 4 _cas4x A sin2x +C.
8 4 8
J'Q’“‘d-x bang :
a+ ] 21”1 :
a) e b) +C ) 2%'m2+C d)2*' +C.
In2 In2
Mot nguyén ham cua fix) = — 12
T ; (2 - x)
a) 1 b) ——L— i) : - d) Inix = 2)°
2-x x -2 (2 - x)
- 1 - cos2x
M{t nguyén ham cua gix) = ——— la :
. ' COs™ X : i
a) 2(tgx + x) b) 2(tgx - x) c) tgx — X d) 2tgx.

1
Mjt nguyén ham cua hix) = —‘ﬁ la :
3x +1

a) 3x +1 b) —;-4-311-1

o 2J3x +1

d) %Jsuz ;



22, Izgﬁsﬂvxdx bang :

2':: X =X L]
) --——-——-——2 377 + 0 i) 84 + C
In4.1n3.1n7 In84
¢) 84%In84 + C | d) 84* + C.
23. Ho nguyén ham cua ————— 1 :
N gt + X2 :
a) —in ke +C b} ~1~.l'|'1 3 ll v C
3 x-1 3 X+ 2
c) In +C d) Inlx* + x-2| + C.
Xx+2

24. Mot nguyén ham cua fix) = ~ Ia :
_ e x* +1
" 1 i of 1
a) In(x” + 1) b} Eln—(x + 1) e) 2lnx + 1) dj Elu(x + 1),
cL o el . ; n®x
. 25. Ho nguyén ham cua fix) = —— la:
i &) % In*x + C: by '331_1,’1.':7'!;1.-* . _..'é}.'-_Bzhfx + C ¢l -;--J,-n’x + G
28. .Hg-nguyéu ham cua t_m:x la:
= Cos- X
1 L | 1 1 . 4 ) 4 o
a) —cos'x +C b) — ; +C  ¢) 4co8'x + C <) +C.
4 N dcos’ x cos’ x

27. Cho fix) = — 12 ; Fix) la mét nguyén ham cia fix) va do thiewa Filx
sin® x v IS

qua M[%,O] thi F(x) l_)hu‘g-:

3

F

a) 3- cotx b) E i cotx &) =3+ coty d) - —3—+caot.t.
28. Biét Fix) 1a nguyén ham cua fix) = . va F(2) =1,
; X -
Thi F(3) bang :
a) In2 b) In2 + 1 c) -lni d) i
.2 2

24



Vin dé 2. PHUONG PHAP DOI BIEN SO

29.

30.

31.

33.

34.

Ho nguyen hinn cua tgx Lo

*
tan x
al — +
2
¢l Inlcosx| + C
":ﬁ
Ho nguven ham cua — la
e -1
X
e -1
ar Inl——— + C
e +1
1 -3t O
¢) —Inj——+C
2 e -1
Ho nguvén ham cua i
0 nguy ;
sinx

a)l In

tauf-l +C

2

t.;mil T &
2

¢) ~In

. Ho nguyén hiumn caa fix) = sin'x ;

sin? x

a) =0 5

cos” x

+C

c) —COSX +

K

. dx i
——— bing :
jil + x)x 8

X
a) In ._....I.__l.._; +C
1+x°
¢) In = +C
1+x
3
Mot nguyén ham caa fix) = xe *
a) e® b) —e*
jci_i‘sx.siu"’ xdx bling :
sin' x cos’ x
a) +C by =2 C

la :

b)

)

b)

d)

b)

d)

b)

d)

c)

c)

Integsx) + C

~Inleosx! + C.

In

cotf-l +C
2

Inlsinx| + C.

3. g
cos” X
COsX — +C

1
~COSX + — +43 .

cosX

In|x| Jx? +.i +C

In'ix|{x“.+ 13+ C.

sin'x + C

e X d) ' e x
2

d) cos'x + C.

e 28



1

36. Ham 30 nao la nguyén him cua fix) = —— :
» sinx

a) Fix) =1+ mt.{E +£] b Fix) = 2tan>
(2 4 2
¢) F(x) = Infl + sinx) d) Fix) = - 2
1+ t:n_l—x-
. 87, Ham s6 nao la ngu}féj;_"hﬁ;n cia fix) = x. yx? + 5
a) Fix)= (x* +5)2 b) Fix) = glx"’ + 52
e Flx)= -Elx +5)2 d) Fix) = 3ix* + 5)2.
& . g 1
38. Ho nguyén ham cua fix) = ' la :
_ , x{x +1)
a) Fx) = In iy b oo = 223 ¢
x+1 %
[ F{x} —.ln +-C ' d) Fix) = Injx(x + 1)} + C.
39.‘ ‘Ho nguyen hhmmﬁx} = xztx + 1} tﬁ
_ a) F{xJ- IB(x + 1} + C el b Fix) = -i%tx" +1%+C
¢) th) = {x“-'+ WsC d) Fix) = -:-‘-(ﬁ +184+C.
40. Mot n_gU_fén hﬂm-éﬁa ﬂ.xl__ = X x% +1 la:
a) (x+1) : b) G{x +1)3 +1
1 LA (TR PE T -
2lv? .12 E o T 7
- €} -2(?‘ +_1) . g & d) a(x +1)3 4.

Van dé 3. PHUONG PHAP NGUYEN HAM TUNG PHAN
41. Mot nguyén ham cuaa fix) = xcosx la :

a) xsinx ' b) xsinx + sinx

¢) Xsinx + cosx _ d) xsinx - cosx.
42. Mot nguyén ham cua gix) = xe ™ Ia :

al eMx+ 1) b} ~e™x + 1) c) xe™ . d) -xe™

26



43. Mot nguyen ham cua hix) = Inx la :
s Ax + Dilnx b xlnx ci (x - Dilnx d) xtlnx - 1)

44. Mot nguyen ham cua kix) = xlnx

2l i—i‘zhix = 1} b) %Elnx - 2} Cl fl¥4:£|ux + 1) i i-w(lllx + 21
i & - 1
45. Mot nguyen ham cua elx) = — i
COsS” X
¢) xtanx - Inlcosx | b xtanx + In i cosx |
o) xtalnx + Intcosx) d) xtanx - Inlsinx|.
, . : o lnx .
46. Mot nguvén ham cua fix) = — la
X
. 1 1 :
2 }-{1'11:( + 1) b) —(lnx - 1) ¢) ——(lnx + 1) d} --~1-(Im: - 1)
X X X X
47. Mot nguyén ham cua fix) = xsin2x la :
X Tosdi X ; ) S
&) —— cos2x + —sin2x bi - —=cos2x + —sinx
2 4 2 2
: Foon ; X I
0 — XCo0s2X + —sinZx d) = cos2x + —sin2x.
2 2" 4
48. 1Mot nguyén ham cua fix) = (x + 2)e™ i :
n i i y +:_ \
&) —1-9"“" : b) -2xe* c) ie"‘ d) i atF .
4 : 2
49. Mot nguyén ham cia fix) = x
- : sin° x
¢) xcotx + Inlsinx| _ b) —xcotx + In|sinx|
o xcotx — In |sinx| ' d) —=xcotx — In ! sinx |,
50. Mot nguyén ham cua fix) = In x + 1} 1a:
& (x+ Dinlx+ 1] b) xin|x + 1] = x
o (x+ 1)l'£1fx+1fax . d) (x+ Dinlx+ 1] + x

TRA LOI
Vamdé 1. HO NGUYEN HAM

1. Pang thie ¢ sai. Vi du : (dex)' = {Eg» +_C], =x — Chon c.

2. Két luan d la ding.
3. Ménh dé b la sai.
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4. Mé}ﬁh dé sai la c.

d d
5 — iftyidy =——(x"+xy + C) = fivi=x
dyj' yMy = -t 4 9y .

~» Chon b,

\.

— Chon c.

: d {1
6. |fiydy = —}» - -1— +C = fly) = 8 ey TN
: T xb dv | 5 .
=5 filyy= -2y = ———3}
i
7. Isin®xdx ='fl:-c-?-§-?-idx = l[x o SIEY ] +C -« Chonb.
o 9 24 2 )

8. Ta kiém tra két qua bing dinh nghia.
A 1 .

{x%ex) = 2xe* + x° (——%}e; —ex(2x-1) —» Chon a.
X

x+1

9. jx ﬁqxéfadx— I[x—3+_

2
:% ~3x +6lnlx+ 1] + C- - Chone.

"

te'**“)ﬂ—l 1.4
10. I SR E-e ~-x+C

[ e ) = (5 -2e1)e
; X J X x* X

: =-v—1— ~onlxl +x+C
G g

jce’* : l}dx

it

-+ Chon a.

12. Chonc, vi (%sinx""}:(}] =xcosx? - Chon c.

: D -(x-2 1¢f 1 1
18. 2 “_‘_“.’,__2’ (X e = 2 H L
x2 -4 (x~ 20x + 2) 4 Jix-2 x+2
G g . . du 1 u-a
Chi y : Nén thude cong thic I el — |1
u® -a a fju+a
;’ 4 -4 2 22
X +x +2 (X +X7)
14. dx = dx =
BT i
o - 1/ . i
= jlx+x"":lflxr-x—-+-x +0 = =} x 1
2 -2 21

28

-» Chon b.

-2

P

X+ 2

]d-x._:-. .l
4

+C - Chom a.

k: R~
X° 4+ X°
I-—-——- dx (dox +x = >10)
X

¥ - J +C  — Capm e,

+C



16.

17.

8.

19.

20.

21.

22.

23.

24.

25.

26.

217.

S N2XSINX = - l feosdx - cusxi = J.;,:t.\'ulx = _I.,;i“;;x ' _]',53119,{ 0
2 6 2
» ("hon b,
i
CosdNCOsX = é«(cruﬁx}x + Cos2x) s JIH:l B h it af F O
2 1
-» Chon a.
i sAx s
S NXCOS3X = r;Esem-Ix + sl -2x) = J.!llxid.\: = _cn;lx + “'; : + C
-+ Chon d.
2% Ty = ‘.EJ‘B"dx =Bt 10 = Dhoul
. In2
- dx (% -3 1
—— jfx 2) “dx = = ~» Chon a.
{2~ -1 2-x
.]. - OS5 2'. =~
L J'_-ii‘-’f-_dx zjin:g x + 1) - 1ldx
COSs™ X COos X
=2tgx - x1+ ' -» Chon b.
) L
r s (3x + 1)
1Bx+1) 2dx = -;;. ¢ — Chon d,
2
2°.3'.7" =84 - Chonb.
= dx dx ix+2)-(x-1)
} = I dx
ix® 4 x -2 (x -~ 1Ux + 2) 3 -1IKx +2)
© . 1 1 - ; :
2 I( e i dx = —In |2 : +C - Chon b.
3N x~-1 x+2 AL X+
sxdx 1 pdx?4+1) 1
2d = -i._-g-——--}- ==Inix"+ 1)+ C -» Chon b.
MX* o1 2l ) 2
‘In?xdx ¢, .  x
=222 [In¥xddnx) = ko +C - Chon d.
x -
*tanx sin xdx ; "'
t'ald dx = — = I—cos S gdicosn) =~ 410 o Chon c.
“COS" X Y cos” x
; : _
fix) = 5 == Fix) = —cotx + C
sin“x S

H[%:O] e(C) == 0= acutg% +C 5 C=+3 5 Chona

29



0F . o Dyl LI o

28. Fix) = J

Xx -1
F(2)=1 = Inl + C=1 = C=1
"Viy Fuxi=lnlx-114+1 = Fi3)=n2+1 > Chonb.

Vin dé 2. PHUONG PHAP DOI BIEN 80O

29. Itanxclx = J‘Bmxdx = I ficogyt = -lnfecosx| + C - Chon d.

COSX cosS X
roe*dx die*) 1, fe* -1
30. I f . = I e = —in +C  -» Chon b.
: pxi= ] (e*) -1 2 fle* 1
d d d d[tma;
X 2 X
31. I,x = ~ = - > == I el lnt;m: +
Sinx 23iu-’—‘-cos-¥- Han—.cos” — tan— =
y 2 2 2 2
- Chon a.
cos” x

+C  -» Chon c.

32. J.éiu:’ xdx = —I(l - cos? x)dleosx) = —cosx +

: dx (1+xH)-x xdx 1+ x%
33, f—m— - 7= Inj - ;
7 1+ % )x (L+x2)x 'r J1+x H 1+ x>

=Inlx]| - %im’,l + X3+ C - Chen a.

34.- Ixe"zdx = -; Ie“zd(-le = —-%é T P Chon c.

|
sin” x
+C - Chon a.

35. J;:mr.x.sin:i xdx = Isi113 xd(sinx} =

dx
; B 2dit .m—— + 1]
dx dx o g 2 [ 2
33. r . = = = i ‘,'
: : Jl +:Sill-x I X ; % 2 I i X it ‘[ X 2!
[sin-- + cos—-—] [tﬂllf_- +11 [tan-— + 1}
2 2 | O J 2 .

i

' -1
-2(tnn% . 1] +C - Chon d.
Chi y : Cé thé thay F'ix) = fix).

1
37. Ix. x? + 5dx = % J'lxz +52dix? +5) = +C -» Chomb.

30



33. l dx - J‘.(.._lh} X flf\' J ! ] :I\-
|

Sxix + 1) XIX ¢+ RO |
sindxl = dses 1) & €= wlal 1 € » Chun a
|
;'\ l
[ iy o 1 A -. A 1 { i - -
39. Jx (x" +1)dx = = jlx L des 1 ] ----- ix' 1"+ C-» Chon b,
i S ’

1 a4
: l 2 % -3 l’: ¥ b
40. Jx x” +1dx = j‘lex" v 1Y dix” 6 1 l, '.“,‘[:"" b l]2 + —» Chon d.

Vin dé 3. PHUONG PHAP NGUYEN HAM TUNG PHAN
41. | = Ixcosxtlx

u=x = du = dx; dv = cosxdx o vV = Sinx

= = xsinx- Isillxt!x = xsinx + cosx + C — Chon c.

42. J= Ixe' *dx
u=x = du = dx; dv = ¢ “dx » v=-e
= J=-xet+ Ie dx = xe'~e'=-eMx+ 1) -» Chonb,
43. K= Ihl xdx
dx
uzlnx = du= —; dv = dx V=X
X
K= xlnx - Idx = xlnx-x > Chon d.
44. H= |xlnxdx
dx x*
uz=Ilnx = du= —: dv = xdx = V= —
X 2
x'.! ' x-”P x'_! \;3
H= —Inx - F*dx = —Inx - —+C = —2nx - D+ C - Chon a.
2 2 2 1 4
X
450 L'= 2 -
co8” x
ddx
X = du = dx; dv = ——— =3 v = tanx
Cos™ X
inxdx ltcosx) .
L = xtanx - F—-—-—-—- = XLanx + r = xtanx + Inlcosx! - Chon b.
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. ¢
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] .
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Tiah 1 = JT’-

EL ol s s a1
I:f;.}+£“ lJi '2?};\5 3\«5"\1ii :
dx
I cos”t x

Dang phuong phap tich phan tung phan

d.ut

Vay

I

Y

1 - sin xdx
¢ et hicwis dLI = —_—
cOSs X cos” X
dx
dv= - = Vo= tanx
cos” X
sinx [©'° = sin? x 231 - cos” X
I = 20  [3 dy= 23+ [ 22
o8~ Xy U eos” X 0 cos” X
3 dx 13 dx
[ = 2y3 + I — J.
0 eos’x YU cosx
‘ R~ 14 cos xdx
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0 1-sin"x
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1 ¢*'9 disinx) 1 1{ JIsinx-1
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DANG 2 : R(sinx, cosx)dx vdi R la ham hdu ty
L
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1. » Néu R (-sinx, cosx) = -R(sinx, cosx) thi c‘iﬁﬁ t = cosx

e Néu R(sinx, -cosx) = -R(sinx, cosx) thiddatt = sinx
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4. Péibiéndatt = n-x hay = z;

5. Péng nhét héa 2 vé
Cha y : B¢ tinh tich phan dang Risinx, cosx) truve tién nén the dung
pheong phdp 1. Néu R khong phdi la ham chdn hoge ham lo thes sing,
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Tacdi:1=.4
: !

a2/3
Aamaw o 4 I {1 -- cos X)sin xdx
0 1+cosx 0

SN g 4]’1-'(1----1,Jdt=e1[t:—~§~' L2 -

% 2 a 4 .
Tinh 1 = IE&’H“ x.cos” xdx
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dx
l cos[;\w

&

] =

34

/2 4eostdt

(cost +sint)®
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l+d = -]—-t'(}t-;x-:‘-%::-___l.
2 1 1 2

Tutly, (2) = 1= - -
4

Chie y : Mot so bai Jl'{uain X.cos xidx vai R 1a ham hau ty phai dung

phuong phip dong nhat hai vé. Khi Risinx, cosx) co dang

Bdv C
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. u
B.Csaocho — = A
v v v

phai tim A,

o X
. sin X
Cho fix) = ————-—,

COS X + Sin X

. (cos X - sin x)
2) Tim A, Bsaocho fix)= A+ B

COSX + Sin X
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1]
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1
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4 2 0
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: -
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0 3inx +cosx+1
A 2 B. %1112 C. In2 D -2
TRA LOI
i
l. I= (x +3)%dx = 2 = -i+—1- =-_—l- -» Chon A.
0 X+ 3, 4 3 1i2 4
; 1!
ol % g 3
2. 1= ! — = l(111, e w -1— Eni - E:lla‘ = -“141113 — Chon 1.
40 xﬂ_z.. 4 X+ 2 4 3 N 4
=2 d o2 : ¥
3 1= % X s dix +'?2
tx*+4x+3 T ix+2) -1
= [= -Eln 'wi = E— lnﬁ—ln-%} = }-lug : E -» Chon B.
2 Hx+2)+1)f, 2| 5 4 2 6 1

.
4, 1= I 'dx - =l&fctan£
0 x% 3% ¢ 3

1 b
= ~(ractanl - arctan(Q) = B — Chomt C.

0

Cdch khde: Dgt x = dtant =  dx = 3(1 + tan’t)dt

o s+ tan?oidt b j 0 3
g5 Ts j“"' Frariete :
0 Oltan“t + 1) ’ i
: . t 0 =
A y 4
; ::> = -li.{tlld' =—Tf
: ' ¢ 1

o R e |
s1= = bl ]";'[x~1+ X de
DR+ 1 R X+ 1

H
ﬁ-];—-—}-{-il_l.z——{}: 1112—3:- e Cll{.‘lll A
L] 2 2

| " i ]
I= [«-é—— X _'+_ln{x + 1]]

I xdx Ird-t2_-xgl

B o .[3 2% 2 = -ém|2 - x‘2|

i
= -—-l—ltni - 2| = -_E-iln".-
o 2 2

D 2 ag*
—» Chon C.
_ {x® - it { 4 - 20
7_I=I£3-_—4]+—4»dxs.|‘{l+ q4 ‘}§t1x=5x+——--lu\ 2
0 x% .4 0 x? _9? ] \ 2(2) |x+2)}

H

1+ ln% =1~ [n3 -» Chon B.

116



boxTdx LI 8 [ x’
B 1= [ j Pae® &% adin i flg S ssy® e P% E’:ln|;-:¢'f_§l
] 5 i X+ 2 3

[« -BIn2-| ]; 1-2] = 82+ 1; ~ Chon B.

; | .
F1 37 470 B ;
9, = J xidx = .i'.,i x/i i = % -» Chon B.

it

10. 1= (2x + 1} 2dx = J_—l ~ Chon D.

| .
| tx g I‘> - -
Li I= - ( 1)? - x2 |d
: : ."u fx + -.J; jﬂ (x+1)—x % I A i 3 } 2

-

K] «

1= Egixflif +x'3J
3

1
<
. 2 +1-1 :giz\fﬁ} —» Chon B.
3 J 3
u

12. t= Jl1-x 5 tf=1-x = 2t dt = ~dx

X I 0 - |
AR 0
Y 2 kA A
= I= _[1 (-t }ti—QLdt-}r-ZL(t Sthdt = 2[-5—3]L=E
- Chon B.
Jx
40 dx
13. 1= Pat t= x dt =
.[i Jx ' e QJx

i}
t I e Sl g
I= Lﬂ e'.(2dt) = 2(2‘1? =2e‘~e) - Chen C.

" 1= Ia ——-—-———-de
I X

t= .jl+lnx Cmm s T dning Ul e 21;&1_95.

x' gl o
t1 EE e

117



oy
2 20" 2 14
1= J' t.(2tdt) = 2 - —(8§-1)=— —» Chen D.
1 3 ] 3 3

15. 1 = E v2 + 4sinx.cosxdx

Patt= v2Z+4sinx = t? = 2 + 4sinx s 2t dt = 4cosx dix

0 v
* 6
t l V2 2
3|2 _ 5
= I-I tdt 3. =-1—(8~2\f§)=4 V2 — Chon D.
) 6 6 3
2
n2
16*. 1 = j' e* —1dx
0]

Patt = Je* -1 = t‘=e* -1 = 2t dt = e'dx

X | 0 In2 2t dt
t | 0 1 = dx = 3
g 1(e2 + 1) - 1
e e R N o

- =2t ﬁa.alrctant]; = 2{1—-:—) — Chon C.

[}

17. I

_Ex'yl—-xdx

| o 1
[ 8 0

Pat t=Y1-x = t'=1-x : = at*dt = —dx
X
t

I= -fu . }t.{-aaf it

*

, H
- 14

i, . | 1 1
=3J {t‘i—t“hltzl}!lm—- '--—~:-a-—-9-— -» Chon A
0 | 4 4 7] 28
Ao
& A\ f a 7
X &
18. 1 = X -2Adx = (2-x)dx + | (x-2Mdx =|2x ~ = +|—-2x
!i q J J“ [ 2 }“ lz .f'.)

Qo

5

={4_2)+[g_6]_g2r4;:__—2: — Chon C.
2 2

b

118



9.1 [ Vidx - rl]x[?_!?dx = | - xax s Jlllxy-‘dx

. 0 !
. 4 : 4/ ' 2
ij +__1xd -:+?—|-—=—3—'——->Cht}uf3.
i1, a4 |, 4 1 2
i i
Coch khae @ 1= ZI Ix3dx rdo |x|5 1a ham chan)
U]
. s
L B .
% I:Z_E[KAJ :.—:‘j-_
P R
3 2 3 o ! ox
20. I:J 2* - 4ldx = I[4~‘2"’1{lx+jt?" - 4)dx = | 4x - b
& ] a2 In2 3 In2
= 8 - s + 1_+ - -2——4—+8=4+-—-1-—+—;Chgnﬁ.
In2 In2 In2 In2 In2

21. |

1]

Emdxzﬁ

1

r 3
\Esinxlz - (ﬁsinx

0

22.. 1=

23. - 'Hcoszxdx:lrll
2 Jo

J0

X
2gin?xcos’ xdx =

<0

240 I=
‘Pt t=sinx o

X

[ lcosxldx = V2 [2cosxdx - V2 :cosx dx
0 0
2

-
"

= 2\{'._2 — Chon C.

.
. (2cos3x + 3sinZx)dx

1
2
% o

- —3»({:032:(}
2

¢

+£si:13x
3

e

U
1{
—i X+
2

1

L’z (1 -sin® :ts:;l_s;in"’I x(cosx dx)

0

sin2x .
2 )

+ cos2x )dx

oA

0

dt = cosx dx

L

.. Foags  Ph R
= 1= Lil-—t_}tdt—(a )0

- 1
= 7 dx
25. I= J‘-f .9 . 2
j;sm X SsinTx
_ cmx*cotaxﬁlg
7

| o
a

v

- E (1+ cotzxi{*d{cotxll

o 1. % — Chon B.

3

- Chon B.

3
- 4x]
2

I =0 — Chon A.

119



26. 1= j“; cosx dx
0 1 -sin’x

f = sinx  => di = cosx dx

0 i
x —
6
t 0 -
: 2
14t : dt 1 th-lé 1.6, % 1
= Ix I'l _ :-IE——-#—-z*—fhl—— = »-—1lsl—~i'--—!im
g0 1w it? 0 t% .1 2 |t+ 1), a2l 3/ 2
- Chon D.
: - cos’x|? 1
oy . e . 5 X|- .
27. 1= I? cos® xginx dx = hji cos’ xdlcosx) = - = = -3 ChonB
0 - 3 “ 3
: d > disinx) :5
2 o Aoy
28. 1= ffm = jf s?mx = Inlsiny] = -In= = In2 -» Chon A.
2 sinx < sinx 1 2
6 6 %
2 x
20. 1= L‘! sin® xdx = Inz (1 - cos® x)*sinx dx
= 0 :
t=cosx = dt = -sinx
. ; bt . .
X [P
t ] 1 0
§ . . i
O = | 4 5 t-_': 2ti *s 8 )
I= J' (1 -t2)3(-dt} = j 4 2%t = |2t ] =— —TheD
' § 0 5 3 ; 15
i}
n
30°.1 = _[1 g%
¢ sinx +cosx + 1
I X 2dt
t = tan E = dt= —(1 +tan® - }dx = dx = -——{-—t—
' : 2% 2 | 1+t?
: 3 :
;i 2
t | 0
2dt :
1 T 1 dt
= | = J L - = J- ~Infl+ 4] =1In2 - Choa C,
: St ]
1+t 1+t°

120
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Viin dé 1. PANG THUC TiCH PHAN

Phuang phap :

Néu fx)', g(x) la hai ham s6 lién tue trén [a; b thi:
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] V1-x? cose’ +\f3+x .sine® '[[1 X J+L§+x }\cus”"‘e #sll’wfeﬁf

I

e -

- i\l-—x cose” +».,"3+x Sine |<\4

= -—-‘2 < \'l—x-‘-‘ cose"‘ + *.fi?:,+.:u'.E sine”* €2
! e

o> ~-21-0)< I( 1—:::'e cose™ +\3+x sine ]dx < 2A1-0
]

it i

el S |
o> !I( > cose* +v3+x?sine def_ <2 .
|
it

11

@ Ching minh @ 5412 < J‘(\/’x & Twiill = x)dx 108.

-
]

Xét fix) = VX + T+ \-‘JI-].-IIH— X
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Do bat dang thue BCS taco

fxife v12 417 (ix+ T+ 01-x) =232 = fx)<6 (1)
Mt khae fix)F=X+T+1l-%x+ 2% +T.y1l-x
=[x

'E‘ufll.{zi s 3\2 = ﬁx"_'ﬁ

18+ 202+ 7.v11-x 2 18 = fix) 2 3V2 (2)

1

il
5442(1) < Ifixjdx <Gl +7)=108 m

ul4xs8mmx

- 1 A
@ Chung minh : J. Hbnxox <1-In2.

. X 511N (xsinx+ 111 1
Boved Ml SF R A = el cmn
1+ xs8inx 14 X8inX 1+xsinx

Do vxe O 1nén 0O<sinx=zsinl<l = 0 < Xsinx < x

== 1< 14+ xsinx<x+1
. _l S 1__ - - -1 < ‘—I
- 1+xsinx x+1 l1+xsinx x+1
v 1 1 ] 1 1
Taco ; fixhdx = 1 - ——m id 1- d
Free -L e I.. l\ 1+xsinx)/ v 8 L { :HIJ i

It

(R - 111|X 1 1”':’ =1-1In2 | |

Ez

2
, it 2 .4 o
Cln‘ng minh : = < Ie" Ydx < 2.Ve.
0

Xé hamsée fix)=x - x° ¥x e [0: 2]

Taco fix)=1-2x
1
0 ; 2
X . E
fix) + 0 =
{ix) ’___,_.—-"?;.l :
0 4 \
~2

Dodé vx e10;2/thi -2=x-x’< --;

g
=5 e <e*Y <ol (doy =ela ham ting trén R)
2 ' i
= PP Vaxstez-0 = 20 W
P
1]
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Chimg minh : fu"": “dx - J; :

u

Xét fixi=e'-x-1

Tacéd fix)=e* -120 vyx20 (dox 20thie* ' ze'=1)
=  fix)la ham tang trén [0; x)

= x20thl fix)=e" -x-120s RO

= x20thi e*2x~+1"

Dodévx e [0:nlthi ™ * ssin?x+1="

& - 08 2X
2

B

1 * o 1 .
Do dé Ie""""dx > 1 IIS- ~cos2x)dx 2 1 3x - ?’—"-1«2"‘] . ME
2 2 2 |, 2

TR

Déu = khéng xay ra vi 3x, = ; €[0:;althie ?=e>1+sin°

’I:'i_;.i-ﬂl

vin dé 3. TiCH PHAN TRUY HOI

Phddna‘ phép : :
+ TM# iGp moi quan hé¢ gigal, val, ; (hogel, »

=2 Vﬂn dung cong thic hén hé nhwu lin, tui ddn tic 1, d’&u j fhﬁéc'
1) dé tinh duge I,

(k2 41y
dat D us 21 g W+ p® = du = 2{1; nit.dt
(t* + 1" {(te+ 1)
dv = dt . = v=t
i
: t
Vay I, = - ol - 21 - n}I t'd
TR ¥ i (? + "
1,
1 +1¥-1
— L. = p+an-1 dt
u-l 2" j .E . 1]

u
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1 [} : i E
P ]h { F + 2in -]E I B J. _ .)t . ;
8 L " o w21 |

i

R R T e
le
‘ 1
> 3-2ml,, =-—-2u-1I,
zn--l
[ 1
< ly= = 1 [1_1 +{2n - 31, , : &
2m - 1)} 2n ]

2
Xétl, = It‘oa” xdx (n=1,2, 3, ...

a) Tinh L. b) Chung t6 I,.,, = 222 1,

n+2 "

sin 2x }E
2,

BS |-
I:.___..‘u!.l

.= jcos %K & (1 +cos2xidx = %lx+
4]

2
b) Yt I, jces“*‘ x.cos x dx
V]

Pat u=cos""'x =  du=-—n+ lisinx.cos" xdx
dv = cosxdx = v = sinx

z
x 2
Vay I, = sinx.cos"*! xi2 +(n+ liIsif x cos" x dx
’ 0
x

= Li.=0+ (n+ IIIEI - cos” x)cos" x dx

g P | 12

= lye=(n+1)]cos xdx-—(n-i-ljj ““‘
0 ' b}

= m+2l=tn+Dl, =  lLag="——I ]
n+2
Chol, = I{ln x)"dx vdin € N.
1
a) Tinh I,. b) Tim h¢ thae lién hé giva 1, va L 4.
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Iln X dx

a) 11 =
1
pat us=lix = du = dx
X
dv = dx = v=X
3 [
vay Li= xlnx\ - Id:\'.:::--xr; =1
1
b) Xét I = Ilin %) dx
; : |
Dat g=dnx) = du= % anx® tdx
X
dv = dx = v =X
2]
%
viy L= x{inx)"l —-n[ﬂlnxl“ ldgx =e-ul,., ®
: 3
| | : x"dx
' Cho I, = j > n e N\MOL
b vI+X
(hitng minh @ (2n + l, + 20l 1 = V2.
Pat. us=sx' = du = ux" ‘dx
dx | o e
de= Po=dax fdx .. vz ZWlwx
\1 + X

?nj vl T xdx

[, =2 “Jf??]

~Viy =
' : Lkt NI x)
5 l;=2\2h2n5 ; ! dx
: -4 t v+ X
1 ' 1
. N-" 1“. “ilx
= I-“=2\2—‘an-,. k—ZnIXt.d_.
"\'1+xl “\1-+}(
== (2 - L1, =22 2l
oy - Dl - 2ndy 2,2 8

T cosnx _ :
}. = I_ . dx (ne N.nz3k
y -4dcusx
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Taxs I, <L, dx
> & 5 - 4cosx
LA
) Lo ]’2095{:1 - 1ix.cos x dx
B ¥ 5 - dcosx
I I 1 reosin - l.ix.[i -4 cos x
noTe s 2 : H - dcosx
h a
1 5
b I, +1,.5 === Icastn-llx dx + I
\ TR 2 9
0 0
1 sinin - x|" 5
= E|| + lu g TETmETe——— In I
2 un-1 |, 2
-
= 1 41 .,=21 &

reosnx ¢+ costn ~ 21x

n 2z 2 -l

+ 5= 5](1}(

costn - 1ix dx

5-4cosx

- | o

2
Cho I, = Ix" cosx dx .
i

i1
Chimg minh @ I, = (;) -nin~-1)1, , (vneN,nz2),

‘Pat u=x" =

a1
3 2
Dedé I, = x"sinx] +nx" 'eosxl - - liIx" % eos xdx
U £ [}
o fosy i :
Rl Y 1 =i =1H,. . ]
-, i

du = nx" 'dx

dv = cosxdx = v = +sinx
x =
5. 4

Viy I, = x"sinx' - n |x" Tsinx dx
0 0

Ti3p tuc dung tich phan timg phan.
Pit  u = x"! = _thy = (= 1®
dv, =z sinxdx = v, = —cosx

B bar

“dx

0
@ Cho I, = Itau“:ulx (n e N).
u

) Chingminh 1, > 1,

b) Tun heé thace giva 1,,,. va 1.
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1 1 _ "“
¢) Chung minh - e 1. e e v 3> 2 ‘
) ng min " “ % o o 1) nz2

a) Do x ¢ :J nén 0 < tanx <1

Dodé 0 <tan' x < tan"x

'! .T

= RS ftan x dx < ';ftau xdx =1
-y B ] e |
- 3 A3

tan"*2x dx = Itml xttan® x + 1 - 1idx
L1

Day = khong xdy ra vi x, =

;A

PRy

b} Ta cé I",;g:

!‘:.._._'-h-la

X

1 1
= [ = Itan" xditgx) - jtall" x dx
0

b3
: = L= m—llmlxd = |
Ay ¢ 11+1 Jl 15 "
e L T )
= lis+‘ = “""""“""Il = +-L+. o P ]
o TS G S B
e) Dokétquicdua:lyu<lI,
1 1 : 1
= -1, <1, = . < 21 = ey 1 h
’ n+1i ' n+l ¢ An+1) "
Mat khdc: I, <1, _,
1 R . | .
= 21, <I, +1, .0 =- =8 = | S S S (A
A . i n-=2 {“_2)*-;. e 1 M TR

.

'EU‘IJ', (8 = e I.-. ot
g R = 2n+1) { < 2n-1)

=
1

_ Tinh J, = J‘tuu"“ x dx.
]

-

Taco:d, = ftan®™ Zxtan’x dx - It ' Txetan®x + 1 - 1xx

*-"-‘1—-—.-'-—!:-

._.
E_.‘,
g



4

2]
I
tan-"  xd(tanx) - Itan"” ©x

Ap dung két qui trén ta dtIUc

L T T T T T S I S T T S T T

lll
Iu e -
1n.
tll
ln A —
nt

e oy =
it 1]
ot |
i ¥ s Lan o J“ P J, = 1 1
2[1 1 @ 211 . 1
Do da: W, = . A - E o 5 % "
Dy LB0Y - Tl ms
= dam e,
2n-1 2n-3
1 1 1
= = - . i
2n-1 2n-3 2n-5
=3 g, = : - --—-1~--—- — 4+ =1V, _,
Jn=2 2n -3 211—5
- )
Ma  J, = _[dx s
4
0
_ 1 1 1 n
Dodos J,= - —- - - T = B
2n-1 2n-3 2n-5 4
- - 134 £ ) :
Ching minh ¥n e N, ¥t e Roel 2 Yot ¥ i o 4 I S etdx .
21! n! 2 n!
(t - x)' 1
Xét I,= I —-—§~——e——~d = f -x)"e*
0
bat u=(t-x)" =  du= -nit-x)" ‘dx
dv = e*dx = v:e".
¢ .
Vay L.= *Ii-it xiter| + = fit - xteXdx
“ 0 11- :
t" t“
=» ln e TE A Yo e [t xi" E: ‘dx = ll‘l = == "““i + Ilt‘l
n! (n- : n!
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=

Do dé r~—ﬁ--~—'——~--~———u...—t+e‘~1
n' n' (n-1p
t“‘ gh-l (- x)" e dx
= ela Sy g D .
_ - n* {11-1)' : n!

| '_chq-I,,'z- _Itl—x#)_‘“d& (n e N).

) Tim hé thc lien he giva I, va I, 2 1)
- b) Tinh I, theo n. '

a) Bat. x-.:-cost o dx = ~sintdt  véi te[ﬂi -;—]
¢l

 Vay L=-[d-cos’t)"sintdt=

R
c:'.

sm el dt

:a'q...._‘a.j.!.u-'

CEARET U sm‘“t P du Eumst sin™t " 't_d_r,

: '.'-:'dv-smtdt = vﬂ.—cast

m]_ n._

Vay I"_ »—mst smg“t] +‘2n (1 sm tlsmz" itelt
2 § i A 3 5 nﬂ. -._:.: 1 3 : : )

o=

.c:u......_.w.tn =

sy Ism 201 t dt 2n {sin’ sl g ok
= : Ill = 2!11,,_ 1 “231 in
= 2o+, =20l ,
= ln = 2 [II

Z2n + 1
21 2n 2in - 1)

b) Taco I, = Lo & -
i+ 1 211+1 2[1141“1 =

1
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[ = 2 2n -2 2n -4
T By b s 1 Ty a3 R
p oo ¢n Zn-2 zZn-4 4
"Ton+l 2n-12n-3"5"
) . 2Zn Zn-2 4 2[
" on+l1 m-1"53°
L y ‘ W ¢ ¥
Ma 1= [dx=1 neén I,= P enTa 22
s n+1 2n-1 5 3
T )
a) Tinh I = jxtl—xzj“dx.
0
, (-1 Ce 1
i _

b) Ching minh rang : 1 C? - 1 CE; 4 _1(_';; "
2 4 6

[ -ﬂ211_+‘}! :2{114-13'

1 1
i 1 LB " i}
a) = Ix{l—x‘)*'tix;Lé I{l--x*) dil-x7)
0 g 0
241 1
- - 1(1-x7) A 1
= 2 n+l | 2n+D ;

b) Do nhi thite Newton :
(1 -~ x"=CY ~Chx* +Caix! + ,..L—l.'l"Cﬁ:x"j'“

x(1 - x*)" = xC% - Clx* + C2x° +..(-1)"Cix®*!

1 % Cl xa Cuxi!n.v! -
= Jx{l —x?)Pdx = | = C) - e ) e
12 4 2n + 2
0 a
T -{CU —-9-513-+~]3*'l'§f3 - e RO
- M q 0 e
Ma do cau a) thi [= T Vay ta cé diéu phai ching minh, =
0+
_ i ck ol ’";
Chimg minh réng: ) —'—= g ok '
i k+1 n+1
1 n+l : tiel
Taco: I= Jiux;“dx:“”’ o Mt (1)
: n+1l n+1
0 0
~Mat khdc do nhi thic Newton :
: "
(1+x"=C +Clx+..+C0x" = ZCﬁxk
k=0
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i
Dodé I= Iu +X)"dx =
4]

0 k- ko-4) 0

0y
=200,

0 h=t)

T (1), (2) = didu phai chimg minh. =

Vén 6é 4. TINH GIOI HAN CUA TiCH PHAN

Phuong phép :
Tinh tich phin dda cho sau dé d.;f'u vao két qud tim duge v Ld;
gidi han.
Chu ¥y : Néu khbng thé tinh d;(p‘c tich phdn da cho diang mpuyés
15 "kep". Cho cdc day 86 (a,), (b,), (c,) théa :

e, Sa, <b, o i
lime, =limb, =1 i ,{‘ﬁ. @, =1.
B [ B T ]

J'Zc“ kdx = iCIj'Ikadx

| Pat

lix) = I __dt — (x> 1) Tinh lm l(x).
3 t.{.=t_+ 1) ;

Xk

142

Al x % u_ _
Ta ¢d I(x) j ' I11+tl d (_’;_ , th
tt+1) tt+ 1) At t+1
. 5 i t x
)= {lnt-Injt+1§ =1
= .ix). [n njt + |]] n|t+'1- |
= Ix= In uln}h.@—--ln ~—2—JE~
: x+1 2 Xx4+1
e Dodﬁ i I{x}= lnu[ln _Ei,},, hz( lim -2?&-») =ln2' =
i eIt TN X+ 1 SR TR, |
S
{@8 cho g= [ 2 oib>m2. T limJ.
E X . ll-lill'z
b %‘e -2
Pt t= Yer - = tl=e"'-2 = 3tdt = eMdx
X ] b In10
t | ﬁeb -2 2
- 2 2 :
Viay: J= M=§.2 z%(dﬁJ‘{e“wmg)
Ve -2 :




Do b - in2 et e~ 2

. . . J .
Neén iI”:"- J=limJ= "41-6 =
my : - ix -2 A Bx
Tirn A, B sao cho :  fix) = S +

(x +10%2 1) *+2 x%el’

1
Tinh Fit) = jf{xnix (vai t > 0 Suy ra limFit).
T e

4]

b

4x -2 A _E_x _

Tatd Ox}a —————v & e 5 (vx = -2)
(x +2ix* +1) X+2 x*+1
P A -2 = A(x" + 1) + Bx(x + 2)
A+B=0
, A (A=-2
= dx -2=(A+Bx" +2Bx+A = | 2B=4 = [B*?
A=-2 -
t
i ) L
Dodé F(t)= I[ g .’2x )dx = {-2h.1]x +2] + hm|:~:‘I + 1“[
X+2 x“+1 ]
2
=-2Int +2)+Int"+ 1) +2In2=In %{—"—+:Ej
(t+2)°
2 2
Viy limF(t) = lim| In s Bl 1} = In| lim 4(L+}1_J =In4 ®
[ 1-»s (L+2) tor (t42)
1
Chuing minh : lim Ix "sinaxdx =0 (vn e N).
[ u
Yxe [0:11thi O<sinnx<l = 0 < x" sinnx g x"
1
| n s 1] 1
— 0< jx sin ax dx < Jx dx = ———-
n+1
0 0
. 1
Ma lim ~—=— =0
nesr 1+ 1 :
1
Do dié lim Ix“ sinaxdx =0 ]
! x"dx
Chumg minh  lim I o
sy d 1+ %X
Ta ¢ Vxeto;uthiif~ >0 , (1)
+ X
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Miat khde vx e [0: 11thi 1+ x 21

] x".dx
3 4x? +2x + 1

Cho I, =

a) Chimg minh I, 2 I... b)

(1 € N\IG}).

Tim lim I,

W—rrr

B Wémm-ml B L o% (2
1+x 1+x
1 1
. x" x"dx )
Tir (1), (2) 0 ~-2x" = 0= |- < |x"dx = :
( = 1+x 1:[1 i X {!‘ X n el
s xlldx
Ma lim =0 dodé lim j =0 m
: o-sr 1] + 1R R = 1+x
' Cho I, = Jx“e-“dx (n 2 0).
8
a) Tim hé thie gita L., va L.
b) Ching minh L, <L, va lim]l, =0
o - 1 .
a) Tacé I, = jx""le"dx
dat  u=x"" = du=(m+ Ix"dx
dv=e'dx = v=¢
= I = et _‘x“'*,ll - {114 1) x"e“dx
-:9 . Il‘Hl =g ':l'l + 1}111 : . l]!fl +in+ 1JIn = £
h)* "o‘x e [o chi 0 £xg 1 = "-o sx* g x"
. "_“b 0 < Eh xu+| {:e’{ xn
Dodﬁ. . 0 ﬁ"'l-:l*_ﬂ = jesxinldx 5 l.11 E jexx“dx
: S By B :
oy Ta 6 I,,H = e - (n * I)I., _ mu Li,iz0
'Do. d6: e e- (n + 1}1, >0 = h g >0 + 1.11;1 = I, ¢
| “" - a +1
Dodé 051, <
n+l
Ma lim =0 vay I:m =0 =
=7 Il +
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e

L]
.

o

vxeld:1]l:0sxs1l = [0 o ol
Ma A4x"+2x+1>0 vVxe RiA <)

3]

x“rl X
4x? +2x+1 4x?+2x+1

i a1 J

dxéL,:j :
gAxT +2x + 1

Do dé :

X"[h:
4x° +2x + 1

Ta co e 2 0 WX € |0; 1] = I,20 (1)
dx” +2x +1 ’
Taco Yxel[0 1]:4x" +2x+121
1 g G
= 21 = " - <x
4x? +92x + 1 4x° +2x + 1
! n 1 i+l 1
Dodé I, = J.—,E———-—dxﬁ Ix“dxz : = . : (2)
lJIflr:n(3+2:~t+1 u+1c} n+1

Tu(1,(2) = 0<I,¢% " Vne N
n+1

Ma lim 1--— =0
w1+ 1

Vay liml, =0 (do nguyén ly kep) =

L

15 CAU HOI TRAC NGHIEM

. Cho y = fix) lién tuc trén [a; b]. K&t luin nao sau day la sai.
A. fix) bi chan trén {a; bl.
B. fix) kha tich trén [a; b].

b l:' i :
C. I f(x)dx = I fix)dx + I]f‘(x}dx ve € R.
a i ¢
l" h - -
D. J- kf(x)dx = kI f(xxx vdi k hang sé.
a a

Tich phan | = j.:m]sinx!dx bing
{

A O w5 B G - C. -20 e L
Cho fix) lién tue trén [0; 1]. Ddng thic nio sau day 1a dung.
4
A. r f(sinx)dx = “.2 fsinxxdx B I fisinx)dx = I- Fsinxxdx
0 0 ] -.z
n - 2 i
C. ; [sinx)dx = 2| 2 fisinxhx D. | fisinx)x = —I" fsinx)dx .
{ t} 4] i
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4. Chon e N. Két luan nao sau diy la sui.

x 3 a
A. L" cos”" xdx = L? sin” x dx B. J'z cos" xdx =0
b
x - et
C. I" sin” xdx =2 0 D. - I'—’ cos" x dx = I3 sin xox .
(1] t i

5. Biét rdng néu fix) lién tuc tren 10; 1 thi r

. o ]
xfisinx)dx = — Jl feskyxds .
U 2o

Tich phén I = I x sinx cos®x dx bing :
' : 40

A = B. = @ g, L.
2 &g 6 4
‘6. Ding thie nao sau day 1a dung.
¥ = 4 st = = 4 i .; ‘ ; y o 9 1 b o
A I Xcos Xdx = I cos” xdx B. I xeos“xdx == | cos™ xdx.
0 o, 0 U 2 Ju
{}r xcos’xdx =7 r cos? x dx D. J-n xeos?x dx = — r cos™ Xidx.
[ 0 i 2 Ji
1. K‘é't qua iu‘m sau dfty 1 sai
A, Ia smxdx + j,, sinxdx = 0 . B. -F{.Jsinx ~ Jeosxudx = 0
: Sy

Fo % 1+ St i R f5 65 + xg Fxal

8. Biet lﬁng uéu ﬁx} [a héun ch.m via lign tm trén R, a ld 80 duag tii

+ 1 idix < Q1.

e 0 | % .
' I flx)(lx j' ftx}dx TlCh ph.ulI = j M bang :
_ *'a a X 4 _ O oS SR
v R 'B; * Vo g X D. 0.
: ﬂ'..":Cl':'u y = fix) Iiéu tu:'-: _tr_én_l:a; bi. Bai dﬂx;g t-llti*_i,: niaw sau day o daing
-_ 3 : . - I+ : i
A. J‘ fakxz 0 ol L B | Iroekax = fuxdx
L " h
II f{xxix I If(x)] D. I HxiPdx 2 J‘_f(xklx.
il Pt

10. Bat ding thic nao sau diay 1a ding. Chol = JE 1+ 3sin” x dx
4]

: .+ Y & - 40
A Zsilgx g At ere, 08 Snd by A0 15, & ags 20
2 3 %3 5 2 5
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11,

12,

13.

Bat dang thae nao sau day la sai.

. i ; . 2 "
A L Inxdx >0 B. J’] In“xdx >0
O L Inxdx < L In- xdx D. j} Inxdx <e-1.
Biét rang vx e f—zi] thi —{i g B ¢ i Goil = I-‘ SO Ak
4 3] 1 X n : X
Két luan nao sau day la dung ?
A Bl gl Bl 11
12 3 4 3 12 4 5 4
! 3
Cho l, = I x"e "*dx (n e N
0
Bict ring I, s ——— yn22thi lim I, bing:
lll"l}e‘ n s+ r
A +x B. 0 C. 1 D. Khong xdc dinh.
1
lim J x"sinnx dx bing :
TEE R ¥}
A O B. 1 C. +~ D. Khéng xdc dinh.
Cho I, J’ (nx)"dx thi hé thic lién lac giga 1, va I, la :
1

Al +ul,,=e B.1l,-nl,,=e
Cunl,+I,,=e - Donl,-1,,=e
TRA LOI

Do néuc e [a; bl thi I f(x)dx chua chic da tén tai.
H]

Két luan ding khic e [a; bl.  — C sai.
Ta c6 : |sinx| 20 vx e [0; 10x]

= I= J-m: [sinx]dx >0
i S

¥
Diau =chixdy ra <  sinx=0 ¥x ¢ [0; 10x].
Vay | > 0 — Chon B ding I = 20.

= - x
- ' = 2 * L + - )
1 L fisinx)dx L f(sinx)dx I_} fisinx)dx



Dat x=a-t = dx=-dt

n

X '_5 a1
n

t E 0

n [} :
= L= f;fsinxdx = [ fsinn - t)-dt) = 2 fisineae
3 2

X
Vay I=2[2ftsinxdx - - Chon C.

Chi y: Céthé thi I = I:sinxdx = —cosxl:: =2
L2 z
J= I’sinxd‘x % -cas'xl‘*‘ =]
u 0
- Viay 1=2] - ChonC.
4. Do sin"x, ms"x >0 vxe [0;‘ -ﬂ nén B va € ding. Chi cé A hoac D sai.

x

Xét I = L? sin" x dy

T tng-'x ‘> dtm-dx

S-15

X 0

t

&
2

Sl : = _
= I= j,,--sin“[i -'-_t]t—_dtl' = 'J:"" cos"tdt. Viy D sai.
e AR T
" D - 4 : 1 .
8. Do L xf(s;-nxldx--ﬁju flaiuxjd;r.. |

' L xopx J
= I= I X 8in x cos xdx::a-.usmxms x dx

| — Chon B.

=

1}

b it ;
I= E—I ~cos’xd(cosx) = - =tcos’x)
2 3¢ 6

ol

8 Xétl= rxcosﬁxdx, d= rcés"!xtlx
o Ju
Bat x=zn-t = dx=-dt
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= | = I (rr-—t]cus!irt«t:-i—dt}

[i]

n 2 hi l
= 1 L ncos” tdt ~ teos®tdt

U

I
= 2l = nj cos“tdt =nd.  Vay chon D.
(H]

. 2=
1 7 s i

— F ]
ajl= j"ﬁsinx dx + j_., sinxdx = I sinx dx = —cosx
0 b 0

-
.

i\

= ~cos2n + cos0 = 0 - A ding.

a n k4
b)dJ = L?(Jsinx ~Jeosx)x =0 < Jl:’ Jsinx dx = J."‘ Jeosx dx
1 0

X=~-t = dt=-dt

| R

z 0 P - '
L”z Jsinx dx = I, - Jsin[g—- - t]dt = juﬂ Jeost dt  — B diing.
2

1 1 y
5 1-x - - .
|2 = o2 2 - - 12 :

i

X=~t = dx=-dt
.1 .
Iil Il - x)idx = I‘ 2-In(l + t)dt — C ding.
. 2
Vay chon D sai.

b fix)dx b
§. I-b T = _L} f(x)dx

* gin®x dx o I"
- 3l+1 0

nén I sin® x dx

sin 2x ﬁn

=-1- ril-cosz.xidx ==}-—[x—
2 Jo 2 2

= = - Chen A.
(] 2

. Két ludn (C) 1a dung do : -lfix)] = fix) < || x e [a; b]
b b b

-| fixydx < | fixd f(x)d

= - [ Iroodes [ foodx s [ oo

= “_::flx)dx < ‘[?’If{xjdx.




10. vx & [0; 73] thi 0 € sin“x < 1

- J'I_E-J1+35inzx SJI

= - {5
=» I(E - 0] <1= If 1+3sin®xdx < 2[11 - Chon A.
2 0 2

' 11. Doxe[l;elnénO=<luxs1 = 0s J:.iux dx <e ~ 1

Viy A, B, D ding.
Tacéxell;elthi0<sinx<sl = In*x <lnx

e, )
= I ln‘xdxsj Inxdx
1 1

Viy C sai.

12. "sf'xé [—;- :
4 3

£[£_£)=£s F;cotx dx ii[i-£)=l -» Chon A..
Z ox n\3 4) 3

. g v= . i o iR 1 o
18, Dox"e ™20 vxel0;1] = 0sl,= I x"e Mdx 5 —
e Rk g S v f(n-1)

k v

Ma lim ————0 =0 _ | "
) TR A [n_._lle ; : ;
' Vay lim I, =0 - Chon B.

N-r+x

1401, = L x*sinxxdx Vx e [0; HthiOssinnxsl = 0 < x"sivax <x”

) 8
n+1

e
= 0<gl,= L.-x"t!x=

Ma lim =0 = limI, =0 — Chon A

n-ssr 41 Wopsr

18, 1, = J'Qil.n_xi“d-x :

u = (Inx)" =  du= —(lnx)"'dx
L X,

dv = dx > V=X

Véy In = xulli.X}“ : --nJ‘*nux,Il-ldx
1

— I, =e—-nl,.;, — Chon A .
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Bai § : UNG DUNG CUA TiCH PHAN

Van dé 1. TINH DIEN TiCH HINH PHANG

Cho ham 36 y = f(x) (C)), y = g(x)(Cy)

A
lion tue trén [a; b] thi dién tich i ‘
hinh phang gici han boi (C,, (C.), 1
hai duong thang x =a, x = b la : a 1 : b C o
b u \ i
S = I |f(a) - g(x)dx "/ ——
(7 iC)

Chu y:

1. Ta bo ddu gid tri tuyét déi ham duvi dau tich phdan bang cdch xét ddu
fix) - gtx) trén [a; b] hode bang cach nhin dé thi ldy biéu thic cia ham
so ¢6 do thi ndm trén tric di bidu thic cia ham sé ¢6 do thi nam duii
(xét trén [a; b)).

2. Néu trong dé todn khéng cho hai duong thdang x = a, x = b trugc tién ta
phdi tim giao diém ciia (C,)), (C,).

b
3. Truong hop (Cy) la tryc hoanh thi: S = I|ff x)|dx.

mlih dién tich hinh phdng gidi han bgi : y = x* - 2x va y = -x* + 4x.
Phuong trinh hoanh dd giao diém :

X" -2x=-X"+4x <o 2x*-6x=0 <o x=0v x=3

2 z o,
X it = Yo < ik
o' - 6x  id - S
3
Dién tichcan tim: S= !(x* - 2x)~ (-x*? +-4x}1dx
0
3 ; 3
= S= ]2x2 —6x|d3 = Jl(-—2:¢2 +Gx)«lx
6 i

03 ¢ ;
= s=[____‘)"‘ +3x‘33 =-239,97-9 =
L 8 3~

V]

@ Tinh dién tich hinh phing gid: han béi hai dubng cong :

y=X y = -Xx".
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Phuong trinh hoanh dé giao diém :

x* = eyt o WA R0 e X=0V x= -1

H
ﬁc
”
{ -
proey
o+
o
-
"

0 .
Dignticheantim: S= ng:’ - {732 )!dx
o |

“Tinh dién tich hinh phing gidi han béi : true hoanh, y = x* - 2% Py v
© hai dudbng thidng x = -1, x = 2. -

Tacd: x*-2x=z0 & xéﬁv x=2
vay x| Ta 0 g

3 0

Sein i = f:x ‘- 2x[d'x = I(x"‘ - "2::);!':: - ?(2:: - xﬁ)dx
&

-1 -1

I ' 1 | 8) 8 "
R REERNA R
[3 X ]h1+[x 3] 0 3 .1 + 4 3 3 y

A

m’-*rsnh. dién tich m_ﬁh'}phiin{g gidi han bdi che dung :
yax'-2x+2 y=x'+4x+86 vA y=1
r L 3

Phumng trinh heanh 4§ giao diém cia 2 parabol

X - 2% +2=x°+4X + & - X= -
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Dién tich can tim :

%.ﬁ +4x +5- ll}lx + :ﬂm:’ -2X +2) - l}lx

i
H

S =

o —

1
< . 2 x4 > ! 9
=5 S = | — + 2x% + 4x | — - x*+x = l
3 - 3 1 4
i 2
E— K'J
@ Cho ham sé fix) = - v@ix 2 0.
Bx +1

Tinh dién tich tam gide cong chidn bdi truc hoanh, y = fix) va duimg
| thﬁng x = 1.

Ta cb - B I xzdx 1 ]'r_.l_l_Sx“ +1)
- 018:( } 8x®+1 247 8x" +1

1

) 1 1
= S:...l_tmﬂx‘i+13 =—In9=—In3d =w
24 24 12

0

; . iy % -3x-1 . g i
l Tinh dién tich hinh phang gidi han bui y = e = va hai truc toa do.
X -

Tuyén sinh Pai hoe Khoi D 2002

Phuong trinh hoanh dé giao diém (C) va truc hoanh :

_33_1 =0 x-:—-!-

3
Ta c6 : S= I iix_!
Ta ¢6 : [ -% 1
~-3x -1
. 0 ”:
x-1 | 4 !l

0 -3 0
vay: 8= [, =2 ldx=‘|'__1_[n~3+ 41]dx

g el 3 A

- S= (—3::—4111]:;-—1”?_1_
3

= S::B-{l—4l:l_i)=4lni—l n
3 3
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ETinh dién tich hinh phang gigi han bui cac duong - !
y=Ix*-4x +31. y=x+3. |
 Tuyén sinh Dai hoc Khm A 200z I

Phuong trinh hoanh dé gino diem {.P} va (d):
[x 2 -3
] . EI' o
Ix* ~4x+3l =x+3 = X" - dx+3=x+3
ﬂxj ~4x+3=-x-3

 [xz-3 |
o I x*-5x=0 < x=0v x=5
2.3x+6=0
Cach 1 : | s
B E[{x 4-_3}—_.!:1'5"r —.dx-+31] dx . -\ _,h'----

t
b — 2 —— T
S= _L [lx +3)-(x"-4x + 3l}dx

+ _'La[“"_ + 3)4. F.xz - 4# +3)]d)€

2 ' " : ;
- ';ql-‘.-i""* 5 X

+:_J‘5{lx + 3~ (x* - 4_:: + 3]"11;

B3 ol it o 3, , 5,
S = L_t-x +5x);Ix+I1 (x —3x+ﬁxlx+j‘xt—x + 5x xx

Cofogd gl X exto o xt Bx? 109
- B i SN — e BN H] e —— = —
L8 zj (8 2 7} 3 2 6

Cd(;ff 2: ey | |
- 8= L [{x * ar-tx“ - 4%+ 3;_]' ;!k - 2 J' :l.—«xa_ +4x ~ 3xx '

o B g ST 3 |
S= L(-*x +5xﬂx—2L (-x* +4x - 3xx

. Tinh dién tich hinh phiang guh han boi - (P) ¥ = 4x - x° vil ciic qudong i
Li€p tuyén cia (P nay, bigt tiép tuyén di qua M! i lij, i

\
I
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Phuong trimh duong thang qua M . y = k X - L;} + 6 (d)
Phugng trinh hoanh do tiép diem cua (d) va (P) : ¥ A
B
4,{..33:(4.73““..9 +6 GF - -~ - ¥Mm
I*. 2 !
o x*-5x+4=0 (o
J '}
=1 v X=4 r : |
|
Vdi x = 1 thi k = 2 nén phuong trinh tidp tuyén ;i
la: y=2x+1 / : :
Vdi x = 4 thi k = -4 nén phuong trinh tiép tuyén 4 1 ;’ 4\ X
la: y=-4x + 16 -
; o (5
Hai tiép tuyén cat nhau tai fry ] n:
A
5
S = Iz[{2x+1}—-(4x~xgj]dx+Ia[«dx+16—l4x *)]dx
1 *
2
5
2 2 . 2
S = j*"tx—ll dx + I5lx~4} dx
1 x
5
= 4
afz 1
= -{x 21 +—({x—413)‘ S #
2 -‘_
R

E Tinh di¢n tich hinh hitu han chdn bgi hai dudng cong :

y* = ax va x =ay (a>0)

Nhin vio do thi ta thay hai du‘tmg cong cdt nhau tai Ot(} 0} vt Ala; a)

\- ------- '-".-'.}'-:i“‘ *

vxe[0alvaiy20 = y;;,vax

- (O .
Viy S= Jax——a— dx
0

i

2 X
=| - HX\"‘;“H
-5t
2
=.2.a‘2_.}.'-a2=:..a.'._. .
3 3 3

@ Tinh d:én tich hinh phing gidi han bdi truc tung va cic dutng :

y=2", y=3-x.

15

5




Nhin vao d6 thi ta thay (d) cit (C) tai All; 2). Ta co :

Sein tm = ]‘[{3 —x)— 2% ]dx,
o

2 X
- PO o
2 In2
" _5_ _ _j_ " *
_ 5 2 In2
@ 'I‘iiih'dién tich hinh gidi han bdi cdc dubmg :
| y = xe’, y=0, x=~1 va x=2 -

%ﬁcﬁ: S = I Ixe Px I xe*dx + rxe"dx
Xét [ = jxe‘dx

Pait u=x = du=dx
dvse'dx = v=g¢
= I=xe - Ie‘dx =X - I'}e:" +C

Dodé: 8= —i::'ic"_-—l'ae‘!u -»hx—ih"q: =2+ ¢ -‘2 =

. @ Tinh dién tieh thang cong gidi hnn bai (C): y = xln X, truc hma:h \n

———

ha.l dtﬁtng théngx =lLx=e

¥ ¥ X =

8= ‘ﬂxlu* n@x = Ix ln xdx (vl vxell;elthi xInx >0)
i _ 1 -

bat uzlnfx = du:%lnxdx

d"-ﬂ“d“ = v -'ﬁ"‘

2 t
Viy : S= X iy - Ix In xdx
2 -

dat w=lhx = dus= dx
X
x-ﬂ
dv, =xdx = vi= +-§~
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[3a do S= % In? x| - —Inx| + F—S dx
2 2
1 Lo
7 2 21%
1 .
by S:E—«-E—-+§—- =-te‘!—1} |
2 1 4 \ 1

@ Tinh dién tich hinh phang gidgi han bai cie duong

y=(e+ 1)x via y=1(1+e"x

Tuyén sinh Bai hoe Khat A 2007

Phuang trinh hoanh d¢ giao diém cua hai duény :
ex+X=X+Xxe' < Xe-e)=0 ¢ x=0 v x=1

Taco:vxeld:1l]: e =<e = -0 = xie* -~ e)s 0

1
Dode: S= I |I@+11x—11+e"}x|dx
(1]

1 1
= S= I lee—-e“#'dx:[ xfe - ¢* Wdx
u 0
Bit u=x ety du = dx
dv = (e - eV dx = v = ex - e

1 1
Viy : S = xlex -e' !L - | (ex —e"ux
(1]

= S=1+1=2 =&

e rim Bl er— o —— R TR o e S 2 £ = pme e

- Tinh dién tich hinh phang gidi han bdi cic dtfting y=sinx.,y=x-nx.

D¢ dé thi hai ham s& trén déu nhin Oy lm’u tn,u: déi xing. Do dé dién
tich edn tim duge tinh nhy sau

S= r (sin|x] - x| + nxdx

LA S::’&-Etsiu]xi—-|x{+nﬂx

= Bzzrisinxux‘rnkix (doxe|O;n])
v

o o b
= S= (-2cosx -2 +2:tx)|
0

S=2-22+2a%)+2=1+x? ®

i



e e . g e e e — A S et A o e e

'I"ml dién tich hinh phang gisi han bgi cic dutng :

]

y=2+sinx, y=14+cos’x vdixel0al

Phuong trinh hoanh dé gino diém }

Vay

e et e s e s - - —

._ Tinh ,@lig}u. tich hinh p'lli'iug,-gidf_i-.:h;}_h bui ede dutmg co phuong trind

Jxelﬁ.n!

e B “a
2rsinx =1+ cos” x

,'sin x{l+sinx)=0
[x.e (v, 7}

ﬁ '

x=0v x=1n

8= '|12 +8in X) - (1 + cos® xiltlx
)

§= | lsin X + sin® xl dx
0 .
8= | tsinx+ Hil_12 xdx o (desiux 20 vx e 10, ab
21 :
=3 l :
S = sin x + — (1 ~ cos 2x) llx
Ju | ]

' 1 1 ! T
S={rccsx*-xuésii:2xH 214 = ]
\ 2 4 4 2

e -

g

e . e -

T b s gifegi i . .
y=-v4-x". x*+3y=0.

Phuong trinh hoanh d gino diém (©) v () :
Vi - x* = x_; o x'+9x¥-36=0

=3 x‘=3 v x2=_—.12_. )

TR ¥ 1 R

Dat

=

158

S0y = svd-x? Ta mia dudng trén tam O, bdn kinhR =2,
AN TN e M W
Dién tich phan to ddm duge tinh nhy sau:

S= IJE [__’.‘;., V4 - x? ]dx

W:

A,
S=2Iﬁw§—dx+2fﬁv‘4—xzdx
i 3 0

x=2sint  (t e |0; =) X | 0 v3
dx = 2costdt t 0 ’3‘




Dodo S= - —-3— +4 |34 - 4sin? t.cos tdt

N R 243

I
+4 1341 + cos 21 xlt

= - + 8|4 cos” udt =
9 0 9 0
. 521\_2«)"34{4( +511121J3
3 2 A
= S = - Z-j_+4_1+\{—“4rr;f (]

.'l "inh dién tich hinh phﬁng gigi han bai cic duong :
o " 2
X
il NG
 Tuyén sinh Dai hoc Khoi B 2002 |

P hu‘ung tnnh hoanh do giao dwm ’
Ay
3y 2

L s K"’=8

.
&> X =122

=
A
:

e

Trén gr 22 3J§ thi - < 4 - 2 va do tinh doi xing qua Oy nén :

242
8= I 16 - x°dx - E—}_E x*dx

u
Bt x=4sint =  dx = 4cost dt X | 0 2\'2
n
t 0
e

b o2 WE
= S=16 | 'cas tdt - ——=| —
2J'[ ]

4
=3 S = Sju“{l+{:052lk!t-—§ '

o

= S = 8(i+51112t '!———8-=2::+
A 2 A 3

|
a
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Tinh dign tich hinh phéng gidi han bdi cic dutmg

; 12x
va y= 14 oo,

= 1
¥ 2 n

1-28in? % g

Dién tich cdn tim :

] 2
S = I(l + lrrg X ~ cosSx]dx + H1+ l: X + cosax]dx
. o '

X =

G

- A - "
= Ss (x+-§-xg —-lésillﬂxjﬂ +rx +§-x2 4-51!13! *
5 [
£ % T (xn 3x . 3% - QI S §
W By o o) ( Bx ] [ _ﬁ) o
QY =6+G -_3+ 2+_2 3: b G 3 =21 -1
194 Cho a > 0. Tinh dién tich hinh ph.mg gidi han bdi cic dudmg cé phuorg
% 2 2
: 2ax + 3a n° -ax
t.rillh Yy = o i i vil . i i
: : y 1+ ﬂ-" 2 y 1 +_a-l-
Tim a dé didn tich ﬂgt g:é tri ldu nhﬁt

Phuong trinh hoanh dé gino diém :
x*+2ax+3a'=n"-ax o xX*+3ux+2°=0
<> X=-21 v Xx=-a
2 I)v:2 + Jax +2.*|“|

Viy S= I 2 dx = —l‘ I atx”+3ﬂx+2a3dx‘.
20 l+a I+a 20
3 ¥ 3
o :—+-§ax2 + 2a°x SENUO.
1+a'{ 3 2 . Bl+a’)
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Ap dung bat dang thie Cauchy cho 4 s6 duong, ta dugce :

%1 +a) =3+’ +a' +a'z ¥zl

. ___a‘-1 . 3

1+a' - ﬂﬁ
= S < -1

813

z .~ 1 x 1 i . i
Dodd Sy = —— khi a' =3 <« 1= V3 =
83

\an dé 2. THE TiCH VAT THE TRON XOAY

1. Cho hinh phdng gidi han boi cac duony
y=fix), x=avax=>b,y =0 quay aung
quanh Ox tgo thanh vGt thé tron xoay.

b 2
Taco: |Vp=x [f(x)] dx

2. Xét duong cong x = g(y) trong do g(y) lad ham lién tuc trén [c; d].

Thé tich V ctia khéi tron xouy khi hinh Ay
phéng giéi han bédi cac duong x = g(y), }'t'l:j
- x=0,y=c,y=dquanh guay truc Oy la: ;f =
N T = )
:I g . -__"m_;m
V, = zrj_ [g(»)] dy L 3

Goi D la mién gidi han bgi (P) y- = 2x - x° va truc hoanh. Tinh thé tich
vat thé V do ta quay D quanh :

a) Oxt b} Oy.

@ Phuong trinh hoanh dj giao diém (P) va Ox :

2x - x* =0 o 2X=0vx=2

2 2 2 .
Tacé: V= nJ'[f'tx}]zdx =-'r:j(2x— x%)%dx = z:f{4x2 ~-4x% + x" udx
0 0 0

5
S Vzrt—ux‘iwx"+f—- =-:§-2—»-lb+§-%=.1.§£
5“] 3 5 15

b vxel|0:;2|thi y=2x-x"
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e X2+ l=1l-y
< (X~-1)= i\.r]::h;

x=i+,}1-—y (xell; 2D
& :
x=1-Jl-y (xel0; 1D

.“l

V.

i

fl = ey < f - By

T __= )’[(“r—)

=i _V

n j.‘l'\!l ~y. dy = 4#(_—

/1 y)]d

9 1
--]{1-? yJJI - }'I
F

3/

' V=I—~h~01=~—~l
= iz { E B

@ Tinh thé tich khm tron xoay duge tao nén khi quay guanh Ox miémn )

gmlhanbcuy Inx, y = Ox e.

[ = njtln x) dx

Pat u= nx Py du.-,-: il

dv = lnx dx e "\'\_ = x(Inx -1
e

| Dudé : V= axin i:('lnx-' 1>| -'n.jllu x - Didx = te-2x =

- Tinh thé uch khoi trbn xoay tgm uén khn Gguay qu.mh tmc. Ox hmh |

gamhdubﬁly xe*, x-l \-(}vmﬁaxxl
V— ulixe }“dxa'tIx e‘“tlx '
i 9 0 '

P ,-..,:,,, x“_ . 2xdx

dv = e"‘dx = V= %eﬂ’_‘

Dodé: V= ZxZe®| - nIxe"""dx
2 v
U
Bat u=x = du, =dx
v, = e& = dv;= %eg’
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I

T ¥ n ¥ ! i1

= V=—¢ lfxt“\ I
2 4 2 i 4 i
a
Te” ' ST T SRS | Ty
o \}' = __E_ - _je" + u.-.-{“"") = 4 te” 1! ]
f i y 1]

Cho hinh H giéi han boi cac duong v = xlnx, y = 0, x = e.
Timh thé tich khéi tron xoay khi quay H quanh true Ox.
L Tuyen sinh Pai hoe Khoi B 2007
Phiong trinh hoanh do (C) va true hoanh : :
xXInx =0 <= x=1(dox>0)

Ta ¢6 - V= Jw:t(x!ux)gdx
1

Dat: u, =zln'x = du, = 2—Hlu xdx

X
3
. X
dv; = x%dx = v, = =
3
4 oo
X 3 2n
= Ve —In“x --— x“ In xdx
r 3 1
1
dx
bat  u,=Inx = du,= —
X
a

red  2n( x® ; r e x>
el S e lnuxl| +— | —d
3 3{3 1 3
3 3 3y®
=5 S = E_"gjf_‘?___,_gﬁ 5 =-K—{5e3—2J ™
3 9 91 3 27

Timh thé tich vat thé tron iiaay sinh ra bai hinh phing gidi han bai
. | , ;
y = 5{; va y = x* khi hinh phdng xoay quanh Ox.

J y = x
E
s J
i X
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@ Cho D 1a mién gidi han béi 4 duting :

PP S

y=0, y:Jcos"x+siu‘x. x=g va X =1,
Tinh thé tich cua khéi tao thanh khi xoay D quanh Ox.
S———
V= rtJ-(cca" x +sin? x)dx = nJll'— 2sin? xcos? x)dx
n A
2 _ 2
= V= I[I ~ —8in 2x)d % J-IE +cos4x)dx
£ .
2 2
5 " ; 2
5 ove Maetae) L aie o) 00
< T 4 Jl= 4l2 8
2
. Tinh thé tich khdéi trdon xoay tao thanh khi ta xoay quanh Ox hinh
phing gi¢i han bdi cde dutng y =0,y = Vxsinx +cos®x ,x=0, x'= ; ;

lxsmx+coa x}dx '

GQ—_.'I\'.luI

..V=ﬂ

Pat u=x = du=dx
- dv=sinxdx = v = -Cosx

. L3

2 5 1
Vay Ixmn xdx--onsx + casxdx=(su1x)l3 =1

a. 0

x x . | "
TR T 1 sin2xY2 =
va I‘W’ dxuuj'(l-l-coaﬂx)dxr-(xi- : } = -

- 8 25 2\ 2 N 4

Dodé V-.Q ’n[ld-%} -

' . Cho D 1a mién gidi han bdi cée dudmg :y = Vx ,y=2 -x va y= 0.
a) Tinh dién tich cua mién D.
b) Tinh thé tich viit thé tron xoay tao thinh khi ta quay D quanh trucOy.

a) Phuang trinh hoanh df giao diem cua 2 dugng cong VX =2-x

lt =vx 20 {t. =yx 20
= &

s VE=1 o x=1
t"+1-2=0 t=lvt=-2
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Dién tich mien D ;

] o= \\\\'\ }r - \J“k

S = jqx dx + DUAAHK) D R L

0 b :

2 - g 2 1. 1 T 0 |
= 8= *:-3- :KJ;.'. + 5{1?‘1} - 3 fd 5 s ’é L : i '-2 SRR PSR
0 0 o K X

by y=vx o x=y°
yzx2-X & x=2-y

1 1 !
Do dé V= n_[nz-yﬁdy—nj'ty”ﬁ"dy = :je«s ~dy + v? -yl dy
g

1] U

3 ] g 5
— V=n{4j—232+-¥:3—--%J1 z%in
5

Cho (P):y= x* (x>0

Goi D la hinh gidi han bdi mién ngodi cia (P), (d) y = -3x + 10, y = 1,
Tinh thé tich vat thé tron xoay khi quay D quanh Ox.

Goi V; 1a thé tich kh&i do ABMH quay 1
quanh Ox. WiLd

V, la thé tich hinh try do khéi AHNC hiiie A
quay quanh Ox. _
V, la thé tich hinh tru do hinh chit nhat

3CNM quay quanh Ox. ERETY4 T WO

V la thé tich can tim. ‘M 1t h

Tacd V=V, +V,-V, : ol 1 2 5.\_ T
1?]1.:"-.

2 3 3
=5 V=rn j‘.t.x"z Yedx + 1 I(-*Sx 1;10-;-2 dx -« Ilzdx
i C2 1 =3

2 3 3
Dodé V= njx“dx+nli9x2—60x+1001-n]dx
. 1 ‘2 = | -

2

+ 7(3x* - 30x* +100x)| - m3-1)

5 3
2

x
= V=n—

i

= V:g-h-t+7n—2n=—5-§n =
5 5

Cho hinh phéng (D) gidi han bdi cdc dudng y = (x - 2" v y = 4. Tinh
thé tich hinh phang sinh ra bei hinh phang (D) khi nd xoay quanh :

a) truc Ox b) truc Oy.



a) Goi V,. V. lan lugt la thé tich cua hinh
vuéng OABH via hinh phang OASHB
khi quay quanh Ox thi :

V=V, -V,
4 . 4
V, = rrf«i‘*dx ~ :rJ"lx - 21t dx
V] 1]

] / B - o .
= V= 16zx} _nil" 1--21 . 286

- b) Tacsd y=(x-2/ e x=2=:y y20 o x:lﬂij‘:}-’

. 1 e 1 e
Vo= af(2evy) dy-af(2-\y) dy
LU i :
| 9 . ; 2..'
PR £ “ _rt'[(ii.-éf-i,._'y ?y_]aly 1_‘.{1 dyv +y,t1y
» V= RJBJ; dy=:t$[-ij_r’§l = .

; . Gi?l {HJ 1a mien kin glél lmn bm dtmng cung (I.J Ly = ..x\r';lm-]i I
true Ox va duﬁng 'thfiug‘ X=1. : i
~ Tinh thé tich vt thé tao ra kln cho (H) xoay qudnh truc Ox.

Phumlg trinh hoanh d9.giao didin (L) va Ox :

xylnl+x’)=0 S fx=0
Padad oo0a Eh 0

Fr ! 1 : % e ]
Vay V= ::Jlxg-l__:i_{l + x " wdx
_ 37

£ bt u=Ihl+ 'x":f.i ::\ du = 35-{1\
d\" = X""tfx e v = 35 -r 1
3.
xR . X
e V=-|?¢"+1llllk!it3 +]>l ..HI ix
3 i Ll

L
=2 V-— —2[112+'£ s ) = :Et:Zln‘_!-- Iy =
3 3--’0 3
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Eﬂ'ﬁuh the tich khoi tron xoay do quay quanh Oy phan mat phang hiu

Fan duoe gigi han boi hai true toa d¢, duong thang x = 1 va duong cong

1
v = %
o dExT - e SE—
Nety= - MXD D=R ¥ A
+ X
Taco: y = __"f'__’f_]
1+x~ 1 b ¥ = ]
Sl N
x | -2 0 2 7y B
\"""--....._
¥ £ 0 e
y 1
O/{'ﬂ\\ 0
Taco: y= ~--—1-~-.~., o 1+x 2 = -}---1
1+x° y y
Coi V, la thé tich khéi tron xoay do quay quanh Oy cua (C) : x* = ' ~-1.
: i p : y
cic duong thang x =0,y = ; y=1thi:
Vi=n 1[——1113# = a{lnly|-¥)h
I S (- v)s
. 13 N
= Vi=a0-D-(In=~-=)] =7 i12----].
| H[ {In 2 2}] 'T( 1 2
Goi V. 1a thé tich khéi tru tron xoay de quay quanh Oy cia (D) : x = 1

va cdce dugng thang x = 0,y=0,y= é— thi :

Do d6 thé tich cn timla: V=V, +V,=zln2 ‘&

i
|

Tinh thé tich hinh gidgi han bai (E) =
a

-

2

R i : _-
4 Lt 1 quay quanh Ox,

S

2 2 b Gy 5_ ;
fﬂ_j- + .312 =1 . y" = T.{'al e x‘a) ki
¥ b SR

Viy phuong trinh A,B,A, cia elip :

g (-a < X < a)




<
i
~
B Sty ¥
o
EE -
i
o
=
1
4
<
‘-‘F-
el
F 4
i

= QTIE:J '“1“} - x2 )dx
B 4 :

_ 2x2b* (#3 _a ] N 4nab?
= |

8° 3

4 ]

.Tmh lhe tich khm tron xoay tao thauh béi hinh trbn :

x4y - b=’ (O<azb guay quanh Ox.
Tacé. (y - b)* = a* - x*

¥

Vay phuong trinh nva dubmg tron AmBla:  yy=b + \-'Jnl - X

Phuong trinh nia dudng tron AnB 1a ¢ Cye=bo- va' Qx’;
Thé tich V tao thanh :

L'
-
<

Y& n'[tyt] dx ~ ﬂj{}'g) dx

=i

= I(b‘!+a’-—x + 2byfa? - &’ )dx

[
-1t !(_bg sat -x?- 2bva® - xiﬁ)dx_

- S =
= V= nj*lb\"-az-*x*dx

‘Bat  x=asint = dx=acostdt v w2 w2
. E el : :!t' :
= = 4an ‘lcnst cost dt 4&‘*an (1 + cos 2t ult
- 1
2 ‘;
= .Va._zﬂibn{.t_i_l_slll2t 2 Zagbn{;; +,3z}_;2ﬁznﬂh S
- 2 )z 2 2
' 2
BAI TAP TU GlAl

Bai 1. Tinh dién tich hinh phing giéi han bdi cde duimg -
'a) y=sin"xcos'x, y=0,x=0vaa-= n

; x& 27
b) vexiy= . vays=
27 X

1G8




Ba i

<) yzx{l+xz.y:{'l.x=1 dy=xvax=-y
2 3 3 x X
¢) y= X"+ -x--—- vay= ixl fl vze,yz=e,x=1
2 2

€ y=0,y=x - 2x + 4x - 3 va tiép tuvén vdi duding cong tai diém co
hoanh do x = 2.

h) v = Jxsinx, xOxvax=0 v x=m. (Du bi Khoi B 2004)
k) y= x*-x+3vay=2x+ L tDi bi Khoi A 2006)

2. Tinh thé tich khi quay quanh Ox cua hinh phing giéi han bdi cic
duing :

xylntl+x%), y=0,x=1

H

a) oy

- =
b) y=x"vays= vx

5 dodl Fm Tl tos it i i B
el ¥y= .}“—\.1+€:0bx+mnx,xa_-l-j,,s.

—

i
A

1

d) y=2x"vay=2x+4

e) y=x"-4x+6vay=-x"~-2x+ 6.

20 CAU HOI TRAC NGHIEM

1.. Dién tich hinh phing gidi han bai cdc dubng (P)y = x* - 2x va(d) y = x
K9 - TR g.i gt
2 4 8
2.. Dién tich hinh phing gid¢i han boi hai duong y = x* - x va y = 3x bing:
9
YA B2 oo D. 32.
3 3
3.. Dién tich hinh phing gidi han bdi cicdutngy = x*; y=0; x =~-1; x = 2
bang :
b :
A B L ¢ 3 D. 9.
3 3 ; _
4., Dién tich hinh phing gid¢i han béi (C)y = x" va (P) y = x* bing :
A1 iR . % VEnA
4 6 12

. Dién tich hinh phing giéi han bdi (C) y = x", truc hoanh va hai duimg

thang x = -1, x = 2 bang :

g 1 R ¢ M D. 17.
2 y 8
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6. Dién tich hinh giéi han bm (C) y = cosx, truc hoanh va ciac dubdng thang
x =0, x = n bing :

A4 ; B.2 . C. 1 _ D. 0.
7. Dién tich hinh phiing gidgi han béi cde dubmg v = e, y=e vix=1lla:
A.e-{-«%- B.e+£_'+2 C.e+l—2 D. 2.
e : _ e e

B Dién tlch hinh gl&l han béi (O y = x + sin’x, (d) y =.x vé hai f.h’rfmg :
' '.Lhﬁngx—_-ﬂ x=nla.

X ::- B. -;— C.n D. -‘Z—’
' .:9.-':'Dlen tich hmh phang gzd‘: hnn bdi cde duemg (C) y 1 + !l—;—_i
A _"{djy-x--ivame;a._ L

Az B s | C. - D. 5.

E lﬂ Cha y f(x} XL 3’x - 4x iC} tln dwn mh hmh phang gidi han bei (C
. vatrue ho&nh bﬁug '

A f foodx | “ fexidsf

C I f(xﬁx«rj f{x}dx o D I f{x)dx—f fixdx .

- 1-1',.,-.D:en tich hmh gtdt han bm {P} y = x + 3 nép tuyeu cua {PI tai X, =2
--'---va tchy e L - e .
kg B—B— c.:“: P2
. -._3 ;_ e T R

12 : Dten tich hinh phéng gxéi han b&} hm uhanh cua dm’mg cong ( y xti‘. = x
- ._-v&duemgthﬁngx~lla -

LT R B e B E.,

18. Goi (H) 1a hinh gigi h;;u-'br_";i cdc dubng y = sinx; y = 0; x = 0 vd x= T
Thé tich vat thé trdn xoay sinh ra bdi quay (H) quanh Ox bing

A. I sin®x dx B. =] sinkdx
g 3 F I
It " r i} g l S P )
C. — ! sir“x dx _ D. .‘tI sin“xdx.
L2 40 & : 1, :
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14.

16.

17.

18.

19.

20.

|

Goi (H) la hinh gigi han boi cacduing v 2 cosx. vy 20 x = - = vax =

I

[

Theé tich tron xoay sinh i bt quay (1 quanh Ox bang -

1 i3
e a , ;
A. J‘—: cos” x dx b :J cosxdx
I ¢ ™ i [ Yo,
C =1 seos Xdx . s 1 “eosTx X
._l;_ - 11

=

Thé tich khoi tron xoay tao nen bwoi hinh (D widi han boi (Py v = =x7 + 2 va
id) y = 1 khi quay quanh true O bany

A nj_]l(q"‘ + 21%dx + nJI dx I3, .*r_l-liz--x1 + 27dx - nII dx

] i

1 . Fod 5 i -2
C rz‘[ (-x~ + 2)dx . :5‘[ {-X* +?.de+:r-‘[ tl:rul i
1 R £ B

Cho hinh gidéi han bgi 2 dutmg v = x* vi Jx = v quay quanh Ox thi thé

tich V bang :

j 21 e 5 L LR
10 10 L0 10

Cho hinh phing gidi han boi (C) y = sinx, true hoanh hai dudng thing
x= 0, x = 1 quay quanh x'Ox thi the ich V

A...T,.:_ B-. -]-.¢ \:, "Iz Dlr":‘.
2 " 2

T™é tich khoi tron xoay do hinh phing gigi han boi (P v = x* va
(d) y = 3x quay quanh truc Ox :

A S 2l N Tp i A&
5 5 5 5

Cio (H) hinh phing giéi han Loi (P1y = x* - 4x + 4.y = 0. x = 0 va
x = 3. Thé tich V khi (H) quay quanh Ox la

33 Ban

R BB B. — ¢~ [ & 5
5] !
Thé tich vit thé tron xoay cua vat the sinh ra Shi quay quanh true tung

; o Xt . \ :
cwa hinh gidi han bai (P y = e vit 2 dusng thing y = 2, y = 4 bang -
12x L o2 D. Gz

s - 4 .



TRA LOI

1. Phuoug trinh hoanh dp giao diédm : x* - 2x=x < x=0 v x =1

S= J'*‘l(x:z - 2X) - x’dx

LH
x3 3x? F . 27 9
8 flwx +3x)dx = w—3-—+--.- :—94—-—5—:5 -+ Chon B

2. Phuong trinh hoanh dé giao diém: x"-x=3x <o x*~-d4x =0

&> x=0v x=4

. 4, . T 3 . s
8= j ng—'ll-xdx=j{—x“'+4xldx=*—i-+2x"" = — +32=—'E
0 0 _ 3 6 3

£ Ch-gn-ﬁ;" :
2
3. 8= J. Ix wOIdx--I 3dx=£:;- =§(B~|I»1)=3 - Chon C.

4. Phum:g trinh hohnh do giao diéln

X=x' o Xx-Dz=0 < x=0vx=1

o S= J: Ix“' - x"'ldx:—- L: xz;}fr. * qu = E x*(1 ~ x)dx .

TE R ! 1 1' 1
S=zj—~-w<} =w=-x=— - ChonD.
3 4) 3 4 12

@

5 8= fl Ixal_d.x = _fx = xsélx + j-: xidx = ,."T L

-+ Chou B.

2
- z
6. S= L? cosx dx + L(—casxk!x
F

o b

S= smx

T
[sinx}‘ =2 -~ Chon B.

2

v
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7. Pawong trinh hoanh do giao diem

L==P\ e et =1=e¢ =
] - a ] X LY
S = J et~ p |dx = I (et - o Y udx
i} i
iy X W L 1 % ¥
S= e te [ e+ —~-2 -» Chon C.
1]

{.'I

2 P 1 -
B. &= j |x +sin’x - xi-:lx = I sin“xdx = — | (1-cos2xxlx
1] iy

2 Jn

- Chon B.

1{ sm ?x1 -
A,

-I-l

9. Fhurong trinh hoanh do giao diém :

Inx

X=1l+ — =x-1(x>01 <> x=1
X
e l:x eInxdx -
= J‘iyc-yd!dx=—[ : (Ix:I BEY Woxzl= lux20)
1 1| x 1 X
g [
e 1° X 1
5= L lnxdllnx}:h 2 _—--2- ~» Chon D.
1

10. Fhuwong trinh hoanh dé giao diém (C) va x'Ox :
xX'=3x'-4x=0 o x(x*-3x-4)=0

X=z=0vi=-lvx=4

X W/,{,"fl O.. m’
X' - 3x* - 4x V/ + 0 - W

0 4 0 1
= J:_,lf“”ld" 1 Iu |fx)fdx = I 1 fix)dx - J.u fix)dx uw-Cil?n_B.

11. 7a ¢6: yixi=2x = kpp = 2(2) =
Thugong trinh tiép tuyén y=4x-2)+T=4x~1

S..“tx +3) - (dx - .uidx-[{x 2)%dx = “‘—Ei{ . -g-

-+ Chon B.
y =X+ xv¥x
y = x-xJx

12. v — %) =x" idukienx20) © y-x=txJx o |:

Phwrong trinh hoanh dé giao diém :
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x+xx=x-x& = 2x-f—=0 &> x=0

1 @ i -
S = J‘“ ix + XX - (% - xJ;-*dx. = J: |.£xf;|([x = EIL x¥dx
2 Y L 4 .
S = 2332 =—5— —-iCh{.ll'l C
o
- : . Ty
13. V = :rrIn sin’xdx — Chon D, ,
0 ?I
3 y
14. V #-ntjzﬁ'cosz'x'dx
2
: il '
V= 2 [Zcos’xdx - Chon D AN
o S D -
~ {do Oy la truc ddi xing). 2 :

18. Phuong trinh hoanh do giso diém: -x*+2=1

ay

- Goi V,lﬁthé tlch do (P),y = 0, x = 1 ﬁqay-qﬁéﬂh Ox
o Ny I thé tich do (d) y = 1, x =+ 1, y = 0 quay quanh Ox
thi Vedntim= V=V, = a[ (-x*+2%dx-n [ 1%dx - Chon B
' 16. Nhin vao hinh vé ta thdy giao diém la A{_l; 1) va
' o o . ) '
- V= rrj (Vx Pdx - n'J', (x% Y dx
0 v

h y= »!
1

I x¢ x° : y =V

v= s ‘ ) e —— ——
rtju(x x" dx n{ 3 51, e A |
1 1) 3n N .
V=na|=--=|=— - Chen A : ¢
"(2 5) 10 o O 1 X



=

17. V = J'
Iy

i .

18. Phuong trinh heanh dé giao diem :

X" o= 3% — x=0 v x=3

i 3 5 : S
Vo= “I i3x) dx ~~1':I (x*rdx
{ 0

L — s x1
Vi= ) (9x° - x? x = E[EKJ = —J
] 5
U

V= -n[m- fﬂ] o B e
- 5 b
3 ' " 3
19. V= nf tx~2hdx = Bix-2ff = 2F
) 5 0
20. v = % o X =2y

1t

V= j: x2dy = nf 2y dy

t n R n
asin’ xdx = — | (1 - cos2x)dx = _—[x
2 21

2

= —— - Chon C.
5

. g%
S 2X

2

.=

i

= — — Chon D,
2

v A

b

rrrrr

n(yg )[‘I =121  — Chon A.

T W
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Bai 1. HQ NGUYEN HAM
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16 cau hoi trde nghidm ............. e e S 145
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