I Trung Tam Luyén Thi Dai Hoc Amsterdam Chwong I[[-Nguyén Ham-Tich phan -Ung Dung I

£l (3)) NGUYEN HAM-T{CH PHAN-G’NG DUNG
£ .wong \\3#/}), :

BAI 1. NGUYEN HAM

A-LY THUYET
1. Pinh nghia.
Cho ham s§ f (x) xac dinh trén khoang K.

Ham s F(x) duoc goila nguyén ham cliaham s6 f (x) néu |F'(x)= f (x)| véimoi xe K.

AVidu 1.
a). Tinh dao ham ctia ham s8 F (x)=sinx—xcosx+C, véi C 1a hang s6.

b). Ttr d6 suy ra jxsin Xdx.

Loi giai
Vi du 2.
a). Tinh dao ham ciia ham s6 F (x) = In ‘x+ % +1‘ +C,v6i C 13 hing s6.
dx
b). Ttr 6 suy ra ;
J.\/xz +1
Loi giai

2. Nhan xét.
Néu F(x) lamodt nguyén ham cta f(x) thi |F(x)+C, (CeR)| ciingla nguyén ham cta f (x).
Ky hiéu: [ f(x)ax=F(x)+C]|.

3. Tinh chét.

N (I f (x)dx)/ = f(x).

+ IK.f(x)dx=K.J.f(x)dx (KeR, K#0).

’ I[f (X)ig(X)]dX:I f (x)dxij'g(x)dx.

4. Bang nguyén ham clia mft s6 ham s6 thwong gip
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Chwong IlI-Nguyén Ham-Tich phin -Ung Dung I

Bang nguyén ham

Nguyén ham co ban Nguyén ham mé rong
Ikdx=kx+C, k 12 hing s6
Y Xa+1 . 1 (aX+b)a+l
dx = C -1 _ -\ TE)
IX = (a=-1) I(ax+b) dx_a. v +C

J'de:ln|x|+c
X

| L ax=Linjax+bf+C
ax+b a

XAy _ aX 1
Ie dx=¢e"+C jeax+bdX:_eax+b+C
a
a.X amx+n
Iaxdx = +C Ia”‘“"dx = +C
Ina m.Ina

Icosxdx:sin Xx+C

.[cos(ax+b)dx:§sin(ax+b)+c

jSinXdX:_COSX“: J‘sin(ax+b)dx:—§cos(ax+b)+c

1 1
J‘COSZXdX:tanX-'_C Imdngtan(aX'Fb)'Fc

1 1
jsinzde:—CotX"'C IdeZ—ECOt(aX+b)+C

£AVi du 3. Tim nguyén ham ctia ham s6 y = x* —3x+ 1 la
X

B. PHAN DANG VA BAI TAP MINH HOA
DANG 1. Tim ho nguyén ham cta cac ham co ban.

1.Phwong phap.

® Ap dung bang nguyén ham co ban dé tim.
@ Ap dung dinh nghia dé chirng minh F(x) 1a m§t nguyén ham ctia ham sg f (x):
F'(x)=f(x)

F(a)=b

véimoi xe K.

® Néu bai toan cho diéu kién thi ta thay a,b vao ho nguyén ham vira tim dwgc dé tim

hang sé C.
2.Bai tap minh hoa.

LBai tdp 1.Tim ho nguyén ham cia cac ham s6 sau:

a). f (x)=3x*+1 b). f (x)=2x+sin 2x o). f (x) =3"
d). f (x)=cos2x e).f(x):(3X+1)5 d). f (x)=x*-2x+1
1 1 : 1
D f(x)=—-x-3 g). [ sin (2016x+2017 dx ).Imdx.
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Loi giai

X
Loi giai
LBai tap 3. Chirng minh rang ham sg:
e* ;x>0 , e” x>0
F(x)=1, 1a mdt nguyén ham ctia ham sg f (x)= trén R .
X“+x+1 ; x<0 2x+1 ; x<0
Lo giai

[Bai tap 4. Tim s§ thwe m d€ ham s8 F (x)=mx’ +(3m+2)x* —4x+3 1a mot nguyén ham cta
ham s f (x)=3x"+10x—4.
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[OBai tap 5. Cho ham s6 f (x)=x"e*. Tim a, b, ¢ d& F(x)=(ax’*+bx+c).* 1a mot nguyén ham

ciahamsé f(x).

3.CAu héi tric nghiém.

Mirc do 1. Nhin biét
Cau 1.(Pé Chinh Thirc 2018) Nguyén ham ciahamsé f x =x*+x 1a

A xX*+x*+C. B. 3x?+1+C. C. x*+x+C. D.%x4+%x2+c.

Cau 2.(THPT Nguyén Hué-Hué2019) Nguyén ham cia ham s6 y = x> —3x + &P
X

3 2 3 2 3 2 3 2
A.X——3L—In|x|+c. B.X——3L+i2+c. ¢ X ¥ hxsc. D.X——SL+In|x|+C
3 2 3 2 X 3 2 3 2

Céu 3.(THPT Tran Phti 2018) Ho cac nguyén ham ctia ham s6 f (x)=5x*—6x*+1 1a

4
A. 20x° -12x+C. B. x*-2x®+x+C. C. 20x° —12x®+x+C. D.XZ+2x2—2x+C
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Cau 4.(THPT Phan Chu Trinh 2018) Ho nguyén ham ctia ham s6 f (x)=e” +cosx+2018 la:
A. F(x)=e"+sinx+2018x+C. B. F(x)=e" —sinx+2018x+C.
C. F(x)=¢*+sinx+2018x. D. F(x)=e"+sinx+2018+C.

Cu 5.(THPT Dirc Tho 2018) Nguyén ham ciia ham s§ f (x)=x***, (xeR) la ham s nao trong
cac ham s6 dwéi day?

2019
A F(x)=2017.x"# +C, (C eR). B. F(x) = ;‘019 +C, (CeR).
C. F(X)=x® +C,(CeR). D. F(x) = 2018x™ +C, (C eR).

Céu 6.(SGD Bac Giang 2018) Ho nguyén ham ctiaham s§ f (x)=2cos2x la
A. -2sin2x+C. B. sin2x+C. C. 2sin2x+C. D. sin2x+C.

1
C4u 7.(S& GD-DT Quéng Nam 2018) Tim [ dx.
X

1 1 1 1 1 1 1
A. IFdx=;+C. B. deX:_;JrC' C. I?dx:5+c. D. j;dx=lnx2+c

Cau 8.(THPT Ning Khiéu TP HCM 2018) Biét F (x) 13 mdt nguyén ham cta f (x)= il va
X+
F(0)=2 thi F(1) bang.
A In2. B.2+In2. C. 3. D. 4.

Céu 9.(THPT Tran Nhan Téng 2018) Tim nguyén ham cta ham s6 y =sin(2x-1).

A. %cos(Zx—1)+C. B. —cos(2x—1)+C. C. —%cos(Zx—1)+C. D. —%sin(Zx—1)+C

Cau 10.(SGD Bong Thap 2018) Ham s6 nao sau day khong la mot nguyén ham cua f (x) = 3x trén
(0; +oo) ?

3x3/x 3¢ 3¢

33X4 X3
= 2 +3. C F4(X):ZX3+4' D. F,(x)= 1 +2.

A F(x)= 1 +1. B. F,(x)=

Loi giai
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Cau 11.(THPT Chuyén Lé Quy Pén 2018) Nguyén ham ctiia ham sé y =e " 13
A. %83”1 +C. B. -3e " +C. C. —%e“*l +C. D. 3" +C.

Céu 12.(Chuyén Hung Virong 2018) Tim ho nguyén ham ctia ham s§ f (x)="5"+1.

A. Ii5+x+C. B.5" +x+C. C.5"Inx+x+C. D.5 +x+C.
Loi giai
o A - dx
Cau 13.(THPT Hai Hju A 2018) Tim [
2x+1
1 2 1
A =In(2x+1)+C. B. - ~+C C. In|2x+1/+C. D. ZIn|2x+1]+C
2 (2x+1) 2
Loi giai

Céu 14.(THPT Tran Ky Phong 2018) Ho nguyén ham ctia ham s6 f (x)=-3sin2x+2cosx—e* Ia
A. —6c0s2x+2sinx—e*+C. B. 6c0s2x—2sinx—e* +C.

C.%cost—Zsinx—eMC. D.%cost+25inx—eX+C.

Céu 15.Ho nguyén ham ctia ham sg f (x) = 3UX +xP81y

2019 2019 2019
A \/;-i-x +C. B. 2x/x_3’+X +C. C.L+X—+C. D.L+6054x2°”+c.
3 2019 Jx 673 24x

Céu 16.(Lwong Van Chanh 2018) Tim nguyén ham ctia ham s6 f (x) = 2 2 3
X_
A | 20x :2In(2x—§j+c. B. 20 _Linlax-3sc.
4x -3 2 4x-3 2 2
c. |2 zlln(zx—§j+c. D. [-22 _Linjax-g+c.
4x-3 2 2 4x-3 4

Loi giai
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C4u 17.(THPT Chuyén Lwong Thé Vinh 2018) Nguyén ham ctia ham s8 f (x)= . 12x 1a
A. [ f(x)dx=-2In[1-2x/+C. B. [ f(x)dx=2In[1-2x+C.
CJf( dx_——ln|1 2x|+C. D. [ f(x)dx=In[1-2x+C.

Loi giai

C4u 18.(S& GD -DT Héu Giang 2018) Ho nguyén ham ctia ham s f (x)=7x" +1+i2 -2 1a
X X
7 1 7 1
A. X" +In|x|-=-2x. B. X" +In|x+=-2x+C.
X X
7 1 7 1
C. X +Inx+=-2x+C. D. x” +In|x|-=-2x+C.
X X
Loi giai

Cau 19.(THPT Chuyén DHSP 2018) Cho F(x) la mdt nguyén ham ctia ham s§ y = x*. Gia tri cua
biéu thirc F'(4) 1a
A 2. B. 4. C. 8. D. 16.

Mirc do 2. Thong Hiéu

Céu 20.(S& GD-DT Séc Tring 2018) Cho F(x)=cos2x—sinx+C la nguyén ham ctia ham s§ f (x).
Tinh f(x).
A f(m)=-3. B. f(n)=1. C. f(n)=-1. D. f(mn)=0.

Céu 21.(SGD Dong Thap 2018) Cho ham s8 f (x)=2x+e*. Tim mdt nguyén ham F(x) ctia ham
s f(x) théaman F(0)=0.
A F(x)=x*+e*-1.  B.F(x)=x"+e. C. F(x)=e"-1. D. F(x)=x"+e"+1.
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C4u 22.(THPT Nguyén Khuyén 2019)Goi F(X)la mdt nguyén ham ctia ham s6 f (X)=2x+€*thoa
man F(0)=2019. Tinh F (1)
A. e+2019. B. e —2018. C. e+2018. D. e—2019.

Céu 24.(THPT Ninh Giang 2018) Cho F(x)la mdt nguyén ham cta f (x)=e* théa man F(0)=1.

Ménh dé nao sau day la dung?

AF()=Ze 42, BF(x)= e, CF()=ge"+1.  D.F(x)=-e"+

Céu 25.(THPT Chuyén Ha Tinh 2019) Biét F(x) la mdt nguyén ham ctia ham s§ f (x)=e™ +sinx
théaman F(0)=0.Tim F(x)?

A F(x)=-e"—cosx+2. B. F(x)=—e™+cosX.

C. F(x)=e™+cosx—2. D. F(x)=—e"-cosx+2.

' 1 x
Cau 27.(THPT Thuan Thanh 2019) Cho F(x) 12 mot nguyén ham ctia ham s f (x)= oL biét
X+
F(0)=1.Gia tri ciia F(—2) bang
A 1+%In3. B. 1+%In5. C.1+In3. D.%(l+ln3).
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C4u 28.(TH Tudi TR 6-2018) Tinh nguyén ham cia ham s§ f (x)=¢" [2017 _ 2018 J

X5
Aj 2018+c. Bj X)dx = 2017¢" +5O45+c.
x4 x4
x 504,5 2018
C. [ f(x)dx=2017e —+C. D. [ f(x) —+C.
Loi giai
Céu 29.(THPT Kim Lién 2019) Tim nguyén ham ctia ham s8 f (x)= 1 >
(sin x+cosx)
A.If(x)dx:—%tan(x+%)+c. B.J.f(x)dx:%tan(x—%j+c.
C jf(x)dx=—%tan(x—%)+c. D.If(x)dx=%tan(x+%j+c.
Loi giai

C4u 30.(Chuyén Phan B6i Chau 2019) Ham s6 nao sau diay khéng phai la nguyén ham cia ham s6
1

f(x)= ?

2x+1°
A. F(x)=In|2x+1/+1.

B. F(x)

D. F(x):%In(4x2+4x+1)+3.

%In|2x+]4+2.

C. F(x):%ln|4x+2|+3.

Cau 31. (THTT s6 6-489 2018) Tinh nguyén ham cta ham s6 f (x)=e" (2017 _2018e j

X
A [ f(x 2018 ¢ B. [ f(x)dx=2017¢" 2045 ¢
x* x*
. 504,5 . 2018
C. [ f(x)dx=2017e —+C. D. [ f(x)dx=2017e +C.
Loi giai
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Mirc do 3. Van dung

C4u 32.(Chuyén Lé Quy Don Dién Bién) Tim mét nguyén ham F(x) ctia ham s8

f(x):ax+%(x¢0),bié’tr5ng F(-1)=1F(1)=4, f (1)=0.

2 2
hr-2ad ] PR
2 2
C F(X)—SL_FE_FZ D F(X):si_i_l
4 2x 4 2 2x 2

C4u 33.(S& Phi Tho 2019) Cho F (X) 12 mot nguyén ham cua f (X) =—— trén khoang (l; +oo)

x-=1
théa
man F(e+1):4.Tim F(X).
A. 2In(x-1)+2. B. In(x-1)+3. C. 4In(x-1). D. In(x-1)-3.

Cau 34.(Cum 8 trrong chuyén) ChoF(x)la mdt nguyén ham ctia ham s6 f (x) = 5 1 Biét
X_

F(1)=2.Giatricta F(2)la

A F(2)=5In3-2. B. F(2)=In3+2. C.F(2)=2In3-2.  D.F(2)=M3+2,

Cau 35. (Lién Truwong Nghé An) Cho ham s6 f (x) = 2x%e**2 + 2xe®* , ta c6

J. f(x)dx= me*" 2 + nxe?* — pe?* + C . Gi tri ctia biéu thttc m+n+ p bing

13
B. 2. C. —. D.Z.
6 6

A.

Wl
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Loi giai

Céu 36.(THPT Doan Thirong 2019)Biétham s6 y = f (x) c6 f'(x)=3x*+2x+m, f (2)=1 va do
thi ciia ham s6 y = f (x) cét truc tung tai diém c6 tung d6 bang —5. Ham s6 f (x) la:
A xX+2x*-5x-5. B.2x*+x*-7x-5. C. x*+x*—3x-5. D. x>+ x* +4x-5.

Loi giai

Céu 37.(Tap Chi Toan Hoc)Goi F(x) 1a mét nguyén ham ctia ham s8 f (x)=2", théa man
F(0)= ﬁ Tinh gié tri bidu thitc T = F (0)+ F (1) +...+ F (2018) + F (2019).

22019 +1 B T _ 22019.2020 C T _ 22019 _1 D T _ 22020 _1

A. T =10009. ) )
In2 In2 In2

Cau 38.(THPT Thing Long 2019)Cho F(X)=x*-2x*+1 1a mét nguyén ham cta ham s&
f'(x)—4X .Hams6 y=f (X) c6 tat ca bao nhiéu diém cuc tri?
A 2. B. 1. C.0. D. 3.
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Céu 39.(S& Quang Ninh)Cho F(X) 1a mét nguyén ham cta ham s6 f (x)= e (x3 —4X). Ham sd

F (X) c6 bao nhiéu diém cuwec tri?
A 1. B. 3. C. 2. D.4.

C4u40. (THTT 14an5)Cho ham s8 f(x) c6 dao ham véi moi xeR va f'(x)=2x+1. Gia tri
f (2)-f (1) bang
A. 4. B. 1. C. 2. D. 0.

Cau 41.(Nam Tién Hai Thai Binh)Biét F (x) 1a mot nguyén ham ctia ham s¢ f(x) =sin2x va

F (Ej —1.Tinh F (ﬁj
4 6

Céu 42.(THPT Kim Lién 2019) Cho hai ham s8 F(x)=(x*+ax+b)e*, f(x)=(x*+3x+4)e". Biét
a,b 1a cac s6 thuc dé F(X) la mot nguyén ham cia f(X) trén R.Tinh S=a+b .
A.S=-6. B.S=12. C. S=6. D.S=4.

C4u 43.(Cum 8 trwomg chuyén)Biét F (x) = (ax2 +bx + c)e’xlé mot nguyén ham ctia ham sd
f(x)= (ZX2 —5x+ 2)e’X trén R . Gia tri biéu thic f (F (0)) bang :
-1

A —. B. 3e. C. 20e?, D. 9.
e
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Loi giai

Cau 44.(THPT chuyén Théi Nguyén)Cho F (x)la mot nguyén ham cta hamsé f (x)= e (x3 - 4x)
Hamso F (x2 i x) c6 bao nhiéu diém cuec tri?
A. 6. B. 5. C. 3. D. 4.

Cau 45.(Chuyén DH Vinh) Biét ring xe* 1a mot nguyén ham cia f(—x) trén khoang (—o0;+x).
Goi F(x) 1a mot nguyén ham ctia f'(x)e* théaman F(0)=1, gia tri cia F(-1) bing

7 5-e 71—e 5

A — B. — cC.—. D. —

2 2 2 2
Loi giai
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Cau 46(THPT chuyén Béc Giang)Cho ham s6 F (x) la mdt nguyén ham cta
f (x)=2019" (4— xz)(x2 —3x+ 2). Khi d6 s6 diém cyc tri cia ham s6 F(x) la
A.3. B. 4. C. 2. D. 5.

Cau 47.(S& GD va BT Quéang Ninh)Cho ham s§ F(x) = (ax® +bx —c)e* 1a mot nguyén ham ctia
ham s6 f(x) = (2018x* —3x +1)e* trén khodng (—o;+w0). Tinh T =a+2b+4c .
A.T =1011. B.T =-3035 . C. T =1007. D. T =-5053.

Céu 48.(Trrong Chuyén Hung Virong 2018) Ham s8 F(x)=(ax+b)v4x+1 (a,b la cic hing s8
12x
thwc) 1a mét nguyén ham cua f (x)= .Tinh a+b.
rc) ot nguy ( ) m
A. 0. B. 1. C.2. D. 3.
Lo giai
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Cu 49.(THPT Poan Thuong 2018) Ham s6 F(x)= 2—1763”1 (9x2 - 24x+17)+ C la nguyén ham cta
ham s6 nao dwéi day.

A f(x)=(x*+2x-1)e>". B. f(x)=(x*—2x-1)e™".

C. f(x)=(x*—2x+1)e>". D. f(x)=(x"—2x-1)e>".

Céu 50.(Chuyén Vinh Phiic 2018) Cho ham s6 f (x) xac dinh trén R théa man f’(x)=2x+1 va
f (1)=5.Phwong trinh f (x)=5 c6 hai nghiém x,, X,. Tinh tdng S =log, |x |+ 109, |X,|.
A S=1. B.S=2. C. S=0. D.S=4.

X 2
Cu 51.(THPT L& Quy Pén)Cho j{a’(*b:/rie VX +1jdx:9\/x2+1+2In(x+\/x2+1)+5eX+C.
X“+1
Tinh gia tri biéu thitc M =a+b+c.
A 6. B. 20. C. 16. D. 10.

DANG 2. St dung céc ki thuét dic biét dé tim ho nguyén ham ctia cac ham phikc tap.

1.Phwong phap.

@ DA4u hiéu: Mot s6 ham khong c¢é dang co ban nhw ham chira tich cdc da thirc, ham chira cdn
thirc, tich cdc ham lwrong gidc, Phdn thirc hivu ti....
@ Céch tim: ta st dung cac k§ thuét sau dé tim ho nguyén ham:

Ky thuat 1. Nhin da thirc d€ tim ho nguyén ham c6 dang tich ctia cic da thic.
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2.Bai tap minh hoa.
LOBai tip 6. Tim nguyén ham cla cidc ham so sau:

3.CAu héi trac nghiém.

Mirc d6 1. Nhan biét

Cau 52. (THPT Chuyén Qudc Hoc Hué) Tim ho nguyén ham cta ham s6 f(x):3x+i2.
X
1 3 1
A | f(x)dx=3"+=+C. B. | f(x)dx=—+=+C
() X I () In3 x
3 1+C

Céu 53.(PTNK-DHQG TP HCM 2018) Tim nguyén ham F(x) ctiahamsé f (x)= (BX

_ 2X\/;JFC. B. F(x)=12x+x\&+c.

A F(x)= -
() In12 3
2X X 2X X
¢ F(x)=2f 3 X D. F(x)= 2| 2 -XXInd |,
In2{ In3  4* In2{In3 4
Loi gidi
4 1Y
Cau 54.(THPT Nguyén Trai Pa Nang 2018) Tinh J(X + —j dx
X
2
A28 ad c. 3% p. 21>,
17 15 16 12
Lo gii
Tel: 0935.660.880
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:—+3x +2x+C.

AJt(x

c[f d—X3 2 32+ 2x+C
I (x)x_€+§x+x+ .

Cau 55.(S& Vinh Phiic) Tim nguyén ham cta ham s8 f (x)=(x+1)(x+2).

dx 2X+3+C.

B 1

D [f(x)dx=" 2y 4 2x1C
j (x)x_€—§x+x+ ;

X

A. F(x)=7—6x3’+1—21x2 —6x+C.

X4

C. F(x):IJr 2x3+%x2 +6x+C.

C4u 56.(THPT Chuyén Ha Long 2019) Tim nguyén F(x) ciahamsé f (x)=(x+1)(x+2)(x+3)?

B.F (x):x“+6x3+11x2 +6x+C.

D. F(x):x3+6x2+11x2 +6x+C.

Ky thuat 2. St dung cong thirc liy thira

1.Bai tap minh hoa.

LABai tip 7. Tim cac nguyén ham sau:

b). |

X g
X

c)j \/;
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2.CAu héi trac nghiém.

Mirc d6 1. Nhan biét

Céu 57.(Trwdong BDVH218LTT 2018) Tim nguyén ham ctia hAm sé f ( )=+2x+3

A [ f(x x)dx =2 2x+3)\/2x+3+C. B. [ f(x X)dx =2 2x+3)\/2x+3+C.
C.If(x)dx:—%(2x+3)\/2x+3+c D.If(x)dx:%\/2x+3+c.

Céu 58.(Chuyén Dai Hoc Vinh) T4t ca cac nguyén ham ctia ham f (x)= —
X E—

A. 24/3x-2+C. B.%xl3x—2+C. C. —5\/3X—2+C. D. -2y3x-2+C.

Cau 59.(Nguyén Du Dak-Lak 2019) Ham s6 nao duéi diy 1a mot nguyén ham cta ham sé

f x =JX—1trén 0;+o0 ?
2 1
A F X :—\/F—x+2. B.F x =—=—X.

3 24/x
CFx——t D.F x =23 X+1
24x 3

Loi giai

18 | L6p Todn Thiy - Diép Tudn Tel: 0935.660.880



|_| Trung Tam Luyén Thi Dai Hoc Amsterdam Chwong I[[-Nguyén Ham-Tich phan -Ung Dung |:|

Cau 60.(THPT Kim Lién 2019) Tim nguyén ham cia ham s f (x)= 3\/_ -
A_[ X)dx = 2\/74- +C. BI = 3—1+C
C. [ f(x)dx= 3J_+ +C. D. [ f(x)dx= 3J_——+c
Loi giai
Cau 61.(THPT Ngb Quyén Ha Noi) Nguyén ham cta f (x)= L 1a
X/ X
A—& C B.-2+C ¢ 24c D£+C
N X 2
Loi giai

Céu 62.(THPT Quynh Luu) Nguyén ham ciahams6 f (x)=+/3x+2 1a

A.§(3x+2)\/3x+2+c. B.%(3x+2)\/3x+2+c.

C. §(3x+2)\/3x+2+C. D.g

Cau 63.(Chuyén Nguy&n Du Dik Lik)Ho nguyén ham ctia ham s6 f (x)=3vx +x** 1a
A. 2 2019x° 1. C : B. 3 1 2019x 4 C :
3Jx 24x
\/_ 2020 \/_ X2020
C. 2XN/X + +C. D. 3xV/X + +C.
2020 2020

Céu 64.(THPT Kim Lién 2017)Tim héng s6 a d€ ham s§ f(x)=
F(x):aln(&+1)+5.

A.a=2. B. a=3. C.a=1. D.a=%.

c6 moét nguyén ham la

1
X+4/x

19 | L6p Todn Thiy - Diép Tudn Tel: 0935.660.880



IT rung Tam Luyén Thi Dai Hoc Amsterdam Chwong IlI-Nguyén Ham-Tich phin -Ung Dung I

Céau 65.(Chuyén Tién Giang 2018) Tim ham s6 F(x) biét F(x) la mot nguyén ham ctia ham sé

f(x)=x va F(1)=1.

A.F(x):éx\/;. B.F(x):gx x+%.
1 1 2 5

C. F(x)= F— D. F(x)== ==
() 2x2 2 (x) 3 V73

C4u 66.(Chuyén Vinh Phiic-2018) Mt nguyén ham ciia ham s§ f (x)=+1-2x la:
A. g(Zx—l)\/l—Zx. B. —%(1—2x)\/1—2x.
C. %(Zx—l)\/l—ZX. D. —%(1—2x)\/1—2x :

Céu 67.(S& GD & DT Can Tho 2018) Biét F(x) 1a nguyén ham ctia ham s§ f (x)=

théaman F(0)=0 va F(3)=7.Khi do, gia tri clia tham s m bang
A 2. B. 3. C. -3. D. 2.

sinaxcosbx = ;[Sin(a+b)x+sin(a—b)x]

Ky thuat 3. St dung cong thirc cong lwgng giac [sinaxsinbx = ;[cos(a —b)x—cos(a+hb)x] | dé tim

cosaxcoshx = ; [cos(a+Db)x+cos(a—Db)x]

ho nguyén ham cta tich cia cdc ham lwong giac.
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2.Bai tap minh hoa.

LBai tip 8. Tim cac nguyén ham sau:
a).Isin 3xcos5xdx.

b).j(8cos2 2x—1)sin’ xdx.

LBai tAp 9. Tim cac nguyén ham sau:
a).j(cosx+sin 2X+2c0s3xcos x)dx.

3.CAau héi tric nghiém.

Mirc d6 1. Nhan biét

A. %cosSx+C.

C. —%cosSx+C.

Cau 68.(THPT Som Tay Ha N§i 2019) Tim [sin5x.cos xdx .

B. —Ecos4x—ic036x+c.
8 12

D. lcos4x+i0036x+c.
8 12

A. 1x—isin4x+C.
4 16

C. Ex—lsin4x+c.
8 8

Cau 69.(THPT Kim Lién) Ho nguyén ham cia ham sg f (x)= sin® xcos® X 1a

B. Ex—isin4x.
8 32

D.Ex—isin4x+C.
8 32
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Cau 70.(THPT Quynh Luru) [sinxcosxdx bing

P2
A C052X+C. B._sm X

E— 2
sin‘ X COS“ X
+C. C. +C.

Cau 71.(THPT Chuyén Quéc Hoc Hué 2018) Tim ho ctia nguyén ham f (x) = tan2x.

A. Jtan 2X dx:2(1+tan22x)+C . B. Itan 2x dx =—In|cos 2x+C.

C. J'tan 2 dx =1(1+tan2 2x)+C. D. J'tan 2x dx :—lln|c052x|+c .
2 2

Céu 72.(THPT Yén Lac 2019) F(x) la mdt nguyén ham ctia ham s§ y = 2sinxcos3x va F(0)=0,
khi d6

A. F(Xx)=cos4x—Ccos2x.

B. F(x):COSZX—COSA'X—E.
4 8 8
C. F(X):COSZZX_COTX_%' D. F(X):cos44x_coe;2x+%.
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A. —%c053x+cosx+C.

C. %cos3x—cosx+c .

Cau 73.(KonTum 12) Ho nguyén ham ctia ham s§ f (x)=2sinx.cos2x la

B. %cos3x+cosx+c.

D. —cos3x+cosx+C.

A F(x)=%c032x+ln|x+1|+c.

(@)
M
—
x
~
Il

—%cost+In(x+1)+C.

C&u 74.(THPT Thanh Chwong Nghé An)Ho nguyén ham ciia ham s§ f (x) =sinx.cosx+—— I

X+1

B. F(x)=—4cost+In|x+1|+C.

O
T
—
x
N—"
Il

—%cost+In|x+]J+C.

Ky thuat 4. St dung cong thirc ha bac

lwong giac c6 mii bac chan.

sin® x = ;(1—005 2x)

cos® X = ;(1+ COS 2X)

dé tim ho nguyén ham ctia cac ham

1.Bai tap minh hoa.

a).I4cos2 xdx.

LABai tip 10. Tim cac nguyén ham sau:

b). [ (1+2sin x)" dx.
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LBai tp 11. Tim cic nguyén ham sau:

1 1
a). | ————dx. b). dx.
)Isinzxcoszx )~[4cos4x—4coszx+1

Loi giai
COIBai tap 12. Tim cac nguyén ham sau:
: 5 Y
a).[(3-cos2x)’ dx. b).|| sinx+——| dx.
) I ( ) ) I ( sin xj
Loi giai
LOBai tdp 13. Tim cic nguyén ham sau:
a).jsin 2x tan xdx . b).Itan2 xdx.
Lo giai
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LBai tip 14. Tim cic nguyén ham sau:
a).J'sin3 2xdx. b).J'sin4 XdXx.

2.CAu héi trac nghiém.

Mirc d6 1. Nhan biét

Céu 75.(Truong BDVH218LTT 2018) Tim nguyén ham ctia ham s§ f (x) =cos’ [gj

A. jf(x)dx:x+sinx+C. B.If(x)dx:x—sinx+C.
C. If(x)dx:§+%sinx+c. D.jf(x)dx:g—%sinx+c.
Loi giai

Cau 76. (TT Diéu Hién-Can Tho 2018) Trong cac ham s6 sau:
(D f(x)=tan*x+2.

2
I f(x)= :
) (x) cos® X
(1) f(x)=tan®x+1.
Ham s6 nao c6 nguyén ham laham s§ g(x)=tanx ?

A. Chi (1D). B. Chi (1ID). C. Chi (I1), (11). D. (1), (II), (11).
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]

4x
In4

A. —lsin2x+C.
4

sin® x

C. 4 Inx— +C.

Céu 77.(S& GD & BT Can Tho 2018) Ho nguyén ham ctia ham s§ f (x)=4"+sin® x 13

sin® x

B. 4" Inx+ +C.

4%
"In4

+5—Esin2x+C.
2 4

C4u 78.(THPT Chuyén Ha Tinh) Cho ham s6 f (x)

ham F(x) chahamsé f (x) théa man dieu kién F(0)=1va F (%j -

4m . s o X o3 A
— +sin®x . Gid tri cia tham s6 dé nguyén

T
7 1a
8
C.m:—§. D.m:—ﬂ.
4 3

Ciu 79.(THPT Chuyén Ha Tinh) Biét _[ 1 dx=a.tan Xy C.Giatricta S=a-bla
1+cosx b
Al. B. 1. C. 2. D. 2.
Loi gidi
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K thuat 5. St dung ki thuit tich hang tir, nhém hang tir, thém bét hang ti d€ tim ho nguyén ham

cia cac ham hitu ti I ik dx, véi P(x) va Q(x) 1a nhitng da thic.

Q(x)

1.Phwong phap.

® Néu bac ctia P(x) 16n hon hodc bing béc cia Q(x)thi ta tach hodc 14y P(x) chia cho Q(x)

@ Néu béc cia P(x) nhé hon bac cia Q(X) ——— 4y nguyén ham co ban. Ta xét hai bai
toan co ban sau:

Bai to4n 1. Mau la nhij thirc bac nhdt Q(x)=ax+b, (a=0).Suyra P(x) 1a hdng sé.

Khi d6 tich phan can tinh c6 dang j A dx=A j ! ax=almn |ax+b|
ax+b ax+b a
2.Bai tap minh hoa.
LOBai tip 15. Tim nguyén ham cda cac ham sd sau:
1+5x—3x* +x* 3x° - x?\[2 +5x -3
a). f(x)= ™ . b). f (x)= - .
X X
Loi giai
LBai tip 16. Tim cac nguyén ham sau
3x? —7x-1 x* -1
d b). dx.
) -[ 3x+2 : I x+1
Loi giai
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Bai todn 2. M3u 1a tam thtkc bic hai Q(x)=ax’+bx+c,(a=0).Suyra P(x) la hang s hay ham
s6 bac nhat.

1.Phwong phap.

P(x
@ Trwdng hop ax® +bx+c =0 cé hai nghiém phan biét x,, X, thi phan tich ()= A + B
g 1 Xo
Q(X) X=X X=X

Sau d6 dung phwong phap hé s6 bat dinh dé tim A va B.

@ Truwdong hop ax’ +bx+c =0 c6 nghiém kép x, thi P(X) = P(X) > VOl X, :—3.
Q(X) a(x—x,) 2a
, . -1
= Néu P(x)lahangséthi | ————dx=— :
(x) & Ia(x Xo) J. [(x—x )J‘
+ Néu P(x) 1a ham béc nhit thi jﬂ =—j (X=x)+B+A% o
a(x—xo) (x—%,)

—é{A.I x—lx dx+(B+Ax0).J‘#)2dx}.

(x—x

2.Bai tdp minh hoa.

LBai tdp 17. Tim cic nguyén ham sau:

1 X
a).| ———dx. b). | ——dx.
)IXZ—SX—G ) jx2—5x+6
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LLBai tip 18. Tinh cac tich phéan sau:

a). | =J~ﬂdx.

X2+ x—2

LOBai tdp 19. Tim nguyén ham cda cidc ham sé sau:

.1 (X):16x4—9

2x—\/§'
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VXt +xt+2 1
a). | ————dx. b). | ———dx.
)I x? )I X+1+4/x-1
Loi giai
LBai tp 21. Tim nguyén ham ctia cic ham sé sau:
e -8 2
a). f(x)= : b). f (x)=(3"+4"
) F (0= )-F(0)=(3'+4)

30 | L6p Todn Thiy - Diép Tudn Tel: 0935.660.880



H Trung Tam Luyén Thi Dai Hoc Amsterdam Chwong I[[-Nguyén Ham-Tich phan -Ung Dung |:|

LOBai tip 22. Tim nguyén ham cda cac ham sd sau:
B e5x +22x.3x.5—x

a). f (x)=3cosx—2"". b). f (x) =
Loi giai
LBai tip 23. Tim cac nguyén ham sau:
2" -1
a). [10%*dx. b). dx.
) J- ) I eX
Loi giai

2.CAu héi tric nghiém.

Mirc d6 1. Nhan biét

Céu 80.(THPT Tran Qudc Tudn 2018) Cho F(x) 1a mét nguyén ham cta ham s§ f (x)= §X+;
X —
théaman F(2)=3.Tim F(x):
A. F(x) =x+4In|2x—3+1. B. F(x) = x+2In(2x—3) +1.
C. F(x)=x+2In|2x—3+1. D. F(X)=x+2In|2x-3|-1.
Loi giai
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Cau 81. Mot nguyén ham ctia ham sé f (x)= XL+1 :
A. _f x)dx = x—In|x+1+1. B. j x)dx = In|x+1|+x+1.
C. j x)dx =x—In(x+1). D. x+|n(x+1).
Loi giai

2
Céu 82.(SGD Pbdng Thap 2018) Cho F(x) 1a mot nguyén ham ctia ham s6 f (x) = 2x z2x-l
man F(0)=-1.Tinh F(-1)
A. F(-1)=-In2. B. F(-1)=—2+In2.  C F(-1)=In2. D. F(-1)=2+In2.

Cau 83.(S& GD-DT Séc Trang 2018) Cho F (X) 1a nguyén ham ctia ham s6 f (x) _X+ X+1

X+1
F (0)=2018. Tinh F(~-2).
A. F(-2) khong x4c dinh. B. F(-2)=2.
C. F(-2)=2018. D. F(~2) = 2020.
Loi giai

Céu 84.(Chuyén Lé Thanh Tén 2019) Tim nguyén ham ctia ham s8 F(x) clia ham s6
X +3x% +3x -1
f(x)= .
(x) X% +2X+1
2 2 2
A F(x)=1+ +C B. F(x)=—=+x+—+C
(x+1) 2 X+1
2
CF(x)=X4x-—2 scC. D. F(x)=1-—2_+C
2 X+1 (X+l)
Loi giai
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2x
Cau 85.(THPT Thu4n Thanh Béc Ninh) Goi F(xX) 12 mdt nguyén ham ctia ham s§ f (x) = ¢ = 6 )
biét F(O)=7.Tinh tong cac nghiém ctia phwong trinh F(X):5.
A. In5. B. In6. C. 5. D.0.
Loi giai
Cau 86.(THPT Ninh Binh 2019)Tim nguyén ham F (X) ciahamsé f (x)= X_zl.
X
1 1
A F(x)=—In|x|+=+C. B. F(x)=In|x|-=+C.
X X
1 1
C. F(x)=In|x|+=+C. D. F(x)=—In|x|-=+C.
X X
Loi giai
2x—-13
Cau 87.(Tap Chi Toan Hoc) Cho biét JWX aln|x+1+bln|x-2|+C.
X
Ménh dé nao sau day dung?
A.a+2b=8. B.a+b=38. C. 2a—b=8. D.a—b=8.
Loi giai
a cm 2 4x+11
Cau 88.(Tap Chi Toan hoc)Cho biét jﬁd =aln|x+2|+bIn|x+3+C.
X +5%+
Tinh gia tri biéu thirc: P =a’ +ab+b°.
A 12. B. 13. C.14. D. 15.

Loi giai
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C4u 89.(Tap Chi Toan Hoc) Cho biét j%dx =aln|(x-1)(x+1)|+blIn|x+C.
X =X
Tinh gia tri biéu thirc: P =2a+b.
A.0. B.-1. C. % D. 1.

C4u 90.(S& GD va DT Thanh Héa 2019) Cho J'zildx=aln|x—1|+bln|x +1/+C, véi a, b lacacsé
X —

htru ty. Khi d6 a—b bang

A 1l. B. 0. C 2. D. -1.
Lo giai
Cau 91.(S& Quang Ninh)Cho ham s§ f () xac dinh trén R\{1} théaman f'(x)= il )
X_

f(0)=2017, f(2)=2018.Tinh S = f (3)- f (-1).
A. S =1n4035. B.S=4. C.S=In2. D.S=1.
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Loi giai

C4u 92.(SGD Nam Binh 2018) F(x) la moét nguyén ham ctia ham s8 f (x)=3x*+ 5 1 T Biét
X+

F(0)=0, F(1)= a+9ln 3trong dé a, b, ¢ 1a cic s6 nguyén dwong va L 12 phan s6 t6i gian. Khi
c c

d6 gia tri biéu thirc a+b+c bang.
A 4. B. 9. C. 3. D.12.

Cau 93.(THPT Tir Ky Hai Dwong 2018) Nguyén ham F(x) ctiaham sé f (x) = il théa man
X+
F(e_—lng la:
2 2
A. F(x)=2|n|2x+]4—%. B. F(x)=2In|2x+1+1.
c.F(x):%|n|zx+q+1. D. F(x):|n|zx+q+%.
Loi giai
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Céu 94.(THPT Luc Ngan Bic Giang 2018) Cho ham s§ f (x) xac dinh trén R\ {%} théa man

f’(x):3 : L f(0)=1va f[§j=2.Giétri ctia biéu thirc f (-1)+ f(3) bang
X_
A. 5In2+3. B.5In2-2. C.5In2+4. D.5In2+2.
Loi giai

Céu 95.(S& GD-DT Gia Lai 2018) Cho F(x) 13 mot nguyén ham cta ham s8 f (x) = il théa man
X_
F(5)=2 va F(0)=1. Ménh d& nao duéi day dung?
A F(-1)=2-In2.  B.F(2)=2-2In2.  C. F(3)=1+In2. D. F(-3)=2.

Loi giai

Cau 96.(Chuyén Quéc Hoc Hué) Cho ham s F () 1a mot nguyén ham ctia ham s8

2cosx—1 v 5 )
f(x) =ty trén khoang (0;7). Biét ring gi4 tri 16n nhit cia F(X) trén khoang (0;7) 1a

J3. Chon ménh dé ding trong cic ménh dé sau.

A.F(%):&@—A B.F(%jzg. c.F(sz—\@. D.F(%”j:s—ﬁ.

Loi giai
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Cau 97.(THPT Yén Khanh 2019)Cho F(x) la mot nguyén ham ctia ham s§ f(x)=

trén khodng (0;+o0) théa mén F (1)= % . Gia tri cua biéu thirc

S=F(1)+F(2)+F(3)+ .. +F(2019) bang

5 2019 p 20192021 c o018t b, 2019
2020 2020 2020 2020
Loi giai

Cau 98.(S& GD va BT Phii Tho 2018) Bidt F (x) =(ax® +bx+¢)v2x-3 (a, b, ¢ eZ) la mdt nguyén
_ 20x? -30x+11

\2x-3

A. T =8. B. T =5. C.T=6. D.T=7.

ham ciaham s6 f (x) trén khoang (gﬁooj. Tinh T=a+b+c.
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Céu 99.(S& GD va BT Phii Tho 2018)Cho ham s§ f (x) xac dinh trén R\{-11} théa man

(x)= 2, 1(-2)+ 1(2)=0 va f(—%)+f6]:2.ﬁnh f (=3)+ f (0)+  (4) dwoc két qua
X —
A. In§+1. B. Ing—l. C. Inﬂ+1. D. Ini—l.
5 5 5 5
Loi giai
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BAI 2. CAC PHUONG PHAP TiM NGUYEN HAM CO BAN

0 DPAT VAN DE:
Trong phan dao ham ta tinh cac dao ham chira tich cic da thirc, thwong cic da thirc, dao ham
chtta cin thirc, dao ham clia cAc ham hop ta thuong st dung cac quy tic va bang dao ham hop.
Tuy nhién, trong phan nguyén ham va tich phan ta khong thé st dung cac quy tic tich, thwong va
cac ham hop. Do d6, dé tinh cac nguyén ham trén ta phai st dung hai phwong phap: d6i bién s6
(dit 4n phu), phwong phap tirng phan.

A. LY THUYET.

I. Phwong phép ddi bién s6

1. Phwong phap. Néu [ f (x)dx=F (x)+C thi || f[u(x)]u'(x)dx=F [u(x)]+C|.

Trong thyrc hanh: Gia st ta cin tim ho nguyén ham | :j f (x)dx, trong dé ta cé thé phan tich

f (x)=g(u(x))u’(x) thi ta thuc hién phép d6i bién s t =u(x), suy ra dt =u'(x)dx.

Khi d6 ta dwoc nguyén ham Jo(t)dt=G(t1)+C=G[u(x)]+C.

2. Chi y: Sau khi tim dwoc ho nguyén ham theo t thi ta phai thay t=u (X) .
3. Vi du minh hoa.
£3Vi du 1. Tim cac nguyén ham sau: | = IBX\N —3x%dx

Loi giai

AVi du 2. Tim cic nguyén ham sau:
X Y x2dx
a).l = x| =-1]dx. b). | = [———.
I (18 J‘(x+3)10
Loi giai

II. Phwong phap 14y nguyén ham tirng phan
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1. Phwong phap. Cho hai ham s6 u va v lién tuc trén doan [a;b] va c6 dao ham lién tuc trén doan

[a;b]. Khi d6

Iudv:uv—jvdu.

(*)

2. Trong thyc hanh dé tinh nguyén ham I f (x)dx béng tirng phén ta lam nhw sau:

Buwdc 1. Chon u, v sao cho f(x)dx=udv (chiy dv=v'(x)dx).

Sau dé6 tinh v:jdv va du =u"dx.

Buéc 2. Thay vao cong thire (*) va tinh jvdu :

3.Chiy. Thity dit u nhw sau: ’nhé’t log arit, nhi da (da thifc), tam lwong (Jwrong gidc), ti mﬁ‘ :

Ta thwdng gap cac dang sau

- Dang1. | = P(x)ﬁ!‘sﬂdx, trong d6 P(x) 12 da thirc.

u=P(x)

Vé&i dang nay, ta dat

sin X .
dx
COS X

» Dang 2. | = [P(x)e™"dx, trong d6 P(x) la da thirc.

Vé&i dang nay, ta dat {

V&i dang nay, ta dat {

sinx |
» Dang4. | :I cos x e*dx.

Vé&i dang nay, ta dat

u=P(x)
dv =e®*dx
» Dang3. | = [P(x)In(mx+n)dx, trong d6 P(x) 1a da thirc.
u=In(mx+n)
dv =P (x)dx

sin X
COSX |.

dv =e*dx

4. Vi du minh hoa.

a). | = j(x +1)sin xdx.

LAVi dy 3. Tim cic nguyén ham sau:

b). | :J.x2 cos xdx.
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B. PHAN DANG VA BAI TAP MINH HQOA
DANG 1. Phwong phép d6i bién sé.

1.Phwong phap.
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@ Néu [ £ (x)dx=F(x)+C thi|[ f [u(x)]u'(x)dx=F[u(x)]+C|.

@ Khi gip ham s6 chira cin thirc |/ f (x), ham hop f (u(x))...thi ta thyc hién phép d6i bién s&
Budc 1: dit t =u(x), suy ra dt=u'(x)dx.

Buwdc 2. Rat thé bién x theo bién t, hodc tach, thém, bot.
Buwéc 3. Tim nguyén ham co ban va tra lai bién Xx.

Jo(t)dt=G(t1)+Cc=G[u(x)]+C.

® Chuy:
Dboi véi nguyén ham cia ham lwong giac thi 1€ cos thi dit sin, 1é sin thi dat cos.
2.Bai tap minh hoa.

LABai tp 1. Tim cac nguyén ham sau:

3 5 2
dx
=[] X o1 ox. b). I = [
a) I (18 j ) J.(X+3)1o
Loi giai

LBai tap 2. Tim cac nguyén ham sau:

a). | :.[3xxl7—3x2dx. b). | :IXS\/X2+9dX.
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LLBai tip 3. Tim cac nguyén ham sau:

)l = [———dx. b).1 = [ x/x+1dx.

)

Loi giai
LBai tp 4. Tim cac nguyén ham sau:
a). | :_fsin“xcosxdx. b). | :Ixcos(xz)dx.
1
c). I, = |sin® xcos® xdx d).l,=|————dx
b j - L J‘cosxsinzx
COS X
d). I, = dx
-1 J-sinzx—Ssinx+6
Lo giai
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L Bai tdp 5. Tim cic nguyén ham sau:
a). 1= [—= b). | = [——dx
COS" X 1+sinx
Loi giai

A4 | Lép Todn Thidy - Diép Tuidn Tel: 0935.660.880




HTrung T4m Luyén Thi Pai Hoc Amsterdam Chwong IlI-Nguyén Ham-Tich phan -Ung Dung H

LLBai tip 6. Tim cac nguyén ham sau:

4cosx+5)sin x
). | = [~ X gy, b).l:j(2 +5)
C0S” X COS“ X+3C0S X+ 2
Loi giai

LBai tAp 7. Tim cac nguyén ham sau:

I
a).lzj%dx. b).1 =
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LLBai tap 8. Tim cic nguyén ham sau:
VJ2Inx+3 In* x
a). I:J.4dx. b). I:J. dx.
X (1+ JIn x+1)
Loi giai
LBai tAp 9. Tim cac nguyén ham sau:
| = [xe'd | e |
a). | = | xe* dx. b). | = X.
Jx
Loi giai
LA Bai tdp 10. Tim cac nguyén ham sau:
a)l :jesinx Cos xdx. b) | :J.xd—xxz
e +e+
Lo giai
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3.Bai tap rén luyén.

LOBai 1. Tim cic nguyén ham sau:

2 2015 2010
a). |=J- X +3X3dX. b) |:J'(X+—1)2017dx_ |:I()(+—]')2mdx
(x2+1) (3x+1) (3x+1)
Loi gidi

LBai 2. Tim cac nguyén ham sau:

2). | = [ x/x* —4dx. b). I = [———dx.
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Loi giai

[IBai 3. Tim cac nguyén ham sau:

a). | :J'sin5 x(l—sin2 x)cos xdx .

b).1=|

LLBai 4. Tim cac nguyén ham sau:
In x

a). | = | ———dx.

) -[x(ln x+1)

b). :J- In*(In x)

xInx[In(Inx)+1] x
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LOBai 5. Tim cic nguyén ham sau:
Inx

a).I:jeX dx.

LBai 6. Tim nguyén ham:

a) | =J‘L
L x+ Y1+ x

b). I, :sz.\/x2 +9dx

xdx

d). I, = .
j\/1+ X% + (1+ G )3
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LLBai 7. Tim nguyén ham :

3
3
a). Ilzjﬁdx

X2
d). J3=Imdx
xdx

h). K, = | ————
) Ix ZiaIx2 42

1_ 2
b).l, = dx,x=0
)=
dx
e). K, =
K=

K). J = [——F——dx

3X+4/9x% -1

DK, I (x +ﬂ

X
D.J, =| ———dx
-, J.1+\/2x+1

50 | Lop Todn Thiy - Diép Tudn

Tel: 0935.660.880




HTrung T4m Luyén Thi Pai Hoc Amsterdam Chwong IlI-Nguyén Ham-Tich phan -Ung Dung H

Loi giai
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LLBai 8. Tim nguyén ham:
1
a). |, = | tan®xdx b). I, = dx
| )- 12 J.(:os“x
).J, :jtan3xdx d). J, = SSIn X +2sin 2x dx
COS2X+6C0SX+5
Loi giai
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LBai 9. Tim nguyén ham:
Ccos® X sin® x - 1
a).l, = dx b). I, = dx c).l,=1|sin® x+ —— |dx
), J.1—s,inx )- 1 J‘coszx )-1s J( 1+c032xj
Lo giai
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4.Cau héi trac nghiém.

Cau 1.(THPT D6 Lwong) Tim ho nguyén ham F (x) = | -d
(2x+1)
A F(x)= -1 -+C. B. F(x)= 1 -+C
4(2x+1) 8(2x+1)
-1 -1
C. F(x)= +C D. F(x)= +C
() 4(2x+1)’ () 6(2x+1)°

X3+1

Céu 2.(S& GD va BT Béc Ninh) Tim ho nguyén ham ctiaham s§ f (x)=x’e

A.jf(x)dx:g.eX *+C. B.If(x)dx:3eX “+C.
3 1 s

C.|f d “14C. D. | f dx==e""+C

I (x)dx =" + I (x) X 3e +

Céu 3.(THTT-2018) Ham s F (X) nao dwéi day 1a nguyén ham ciia ham s6 y =3/x+17?
A F(x):g(x+1)g+c. B. F(x):g\3/(x+1)4+C.

%(x+1)\3/x+1+c. D. F(x):%4(x+1)3+c.

(@]
M
—~
x
~
Il
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1

Cau 4.(THPT Ninh Giang-2018) Xét | = j x° (4x* —3)5dx. Bang cach dit: u=4x*—-3 , khing dinh
nao sau day dang?

Al :%J.uf’du. B. | zﬁjuf’du. C. 1 :Iusdu. D. | :%J'u5du.

AI x)dx =2e** +C. B.If(x)dx:—Ze‘2c°sx+C.
1
C [f(x)dx="e*+C. D. [ (x)dx=-Ze?™ +C.
I X + I (x)dx 2e o
Loi giai

Céu 6.(S& GD Va Dao Tao Bic Ninh) Ho nguyén ham cia ham s§ f (x)=+/2x+1 1a

A. —%(2x+1)\/2x+1+c. B. %\/2x+1+C.
C. %(2x+1)\/2x+1+C. D. %(2x+1)\/2x+1+c.

Loi giai
Céu 7.(S& GD va bao Tao Pa Nang) Ho nguyén ham ciia ham s§ f (x)= Inx 1a
X
A.%In2x+lnx+c. B.%In2x+C. C. In*x+C. D. In(Inx)+C.
Loi gidi

Céu 8.(S& GD va bao Tao Quang Nam) Cho ham s§ f (X) c6 dao ham lién tuc trén khoang (0;+ ).
f(¥x), s
Khi d6 [—~=—dx bing:
Jx

A.%f(\&)+C. B. f(&)+c. C. —2f(&)+c. D. 2f(\&)+c.
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2
Cau 9.(THPT Nghén) Ho nguyén ham cia ham s6 f(X) = = la
X" +1
1 2 3 2 3
A. +C. B. —vx*+1+C. C. +C D. -vx*+1+C
3VxE +1 3 VX +1
Loi giai

2
C&u 10.(THPT Thach Thanh 2019)Ho nguyén ham ciia ham s6 f (x) = 22X —3%%*7 ran khoang

2Xx—3
(E;MJ 147
2

A. (4x2+2x+1)\/2x—3+C. B. (4x2—2x+1)\/2x—3.
C. (3x2—2x+1)\/2x—3 . D. (4x2—2x+1)\/2x—3+C.

Cau 11.(Chuyén Dai Hoc Vinh) Cho [2x(3x—-2)’dx= A(3x-2)’+B(3x-2)'+C véi AB,C eR.
Tinh gia tri ciia biéu thirc 12A+7B.

23 B, 241 2 p. !
252 252 9 9
Loi giai
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Cau 12. (Chuyén Hoang Vin Thy 2019) Biét [ x(2x+1)"™ dx = (
a

Gi4 tri ciia hiéu a—b bang
A. 4. B. 2. C.1. D. 0
Loi giai
COS X

C4u 13.(S& GD va BT Thanh Héa) Tim cac ham s6 f (x) biét f'(x)=———.
(2+sinx)

B. f(x)= 1 +C.

A f(x):LXZ+C. =
(2+sinx) 2+COS X
C. f(x)=- 1_ +C. D. f(x)= NX e,
2 +sinx 2 +sinx
Loi giai

Céu 14.(Chuyén Nguyén Hué Ha N6i) Goi F(x) 1a nguyén ham ctia ham s8 f(x)= théa
8—X
man F (2)=0.Khi d6 phwong trinh F(x)=x c6 nghiém la:
A x=0, B. x=1. C. x=-1. D. x=1-+3.
Loi gidi
Tel: 0935.660.880
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2017 b
Cau 15.(Chuyén Nguyén Du-Pik Lik) Cho I%dx=i.(x_l)C +C v6i a, b, ¢ la cac so
(x+1) a (x+1)
nguyén. Gia tri a+b+c bang
A. 4.2018. B. 2.2018. C. 3.2018. D. 5.2018.
Loi giai

Céu 16.(THPT Quynh Luu) Cho F(x) la nguyén ham cta ham s§ f (x)= exl L v F(0)=-In2e
J’_
Tap nghiém S cta phwong trinh F (X) +1In (eX +1) =2 la:
A S={3). B.S={2:3}. C.5={-23}. D.S={-33).

Cau 17.(THPT Thanh Mién -2018) Khi tinh nguyén ham I%dx, bang cach dat u=+/x+1 ta
X+

dwoc nguyén ham nao?
A .|.2u(u2 —4)du. B. I(uz —4)du. C. IZ(UZ —4)du. D. I(uz —S)du.
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Céu 18.(THPT Chuyén Ha Long 2018) Tim ho nguyén ham ctia ham s§ f (x)=

A. If(x)dx:%\/2x+1+C. B..[f(x)dx:\/2x+1+C.

C. _[f(x)dx:Z\/2x+1+C. D.If(x)dx:(2X+1)lm+C.

Céu 19.(Tap Chi Toan Hoc 2018)
Ham s6 nao duwdi day 1a mot nguyén ham ctia ham s8 y = 2°".2°* (cos x—sin x) ?

A. y=25inx+cosx_|_C ) B yzi

25in X+C0S X

. C. — |n 2-25inx+cosx ] D. —_
In2 U d In2

CAu 20.(THPT Hong Bang 2018) Biét F(x) 123 mot nguyén ham ctia ham sé f (x)=sin® x.cosx va
(T g Bang ) Ot nguy

F(0)=7.Tinh F(%j

A.F(sz—;z. B.F(zj:ﬂ. c.F(fj:—lm. D.F(szlw.
2 2 2)" 4 2)7 4
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. R o (2x+3)dx 1 s
Cau 21.(Ch Hung V: 2019) G =— C (Clah :

au 21.(Chuyén Hung Vuong ) Gia st Ix(x+1)(x+2)(x+3)+1 e +C (C lahang so)
Tinh tdng cac nghiém ctia phwong trinh g(x)=0.

A -1 B.1. C. 3. D. -3.

Céu 22.(THPT Lwong Vin Chanh 2018) Cho F(x) 1a mét nguyén ham ctia ham s§ f (x)= Zel 3
+
théaman F(0)=10.Tim F(X).
1 ) In5 1 )
A. F(x):g(x—ln(Ze +3))+10+? B. F(x):é(x+10—ln(2e +3)).
C. F(x)=l(x—ln(ex+§D+10+In5—ln2. D. F(x):l(x—ln(euEDHO—w.
3 2 3 2 3
Loi giai
Cau 23.(THPT Chuyén Ha Long-2018) Tim ho nguyén ham ctia ham s§ f (x)=tan’ x.
AI dx——tan x—%tan X+ In|cosx|+C . B. I dx——tan x+;tan x—In|cosx|+C
C. I dx—ltan x+1tan X+ In|cosx|+C. D. I dx—ltan x—ltan x—In|cosx|+C
4 2 4 2
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Céu 24.(THPT Chuyén Qudc Hoc-Hué 2019) Biétring F (x) 1a mot nguyén ham trén R ctia ham
s6 f(x)= % théaman F(1)=0. Tim gia tri nhé nhit m cia F(x).
X2 +1
1 1_ 22017 1+ 22017 1
A.m:—E. Bmzw szw szz

Cau 25.(THPT Chuyén Ha Long-2018) Biét rang trén khoang (g T+ Ooj' ham so

f(X)—M c6 mot nguyén ham F(X)—(aX2+bX+c)\/2X—3 (a, b, ¢ Ia cac sb
\J2x-3 ' Y
nguyén). Téng S =a+b+c bang
A 4. B. 3. C. 5. D. 6.
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_ 7cosx—4sin x
COS X +Sin X

Céu 26.(Chuyén Phan B6i Ch4u-2018) Ham s6 f (x) c6 mot nguyén ham F(x)

dnte e 2] 2 =22 et 2] 2 | sgugn
4) 8 2

pdiclinz g 03 p, =2,
4 4 8 4
Loi giai

X 2
Cau 27.(THPT L& Qéy Don) Cho j(a“b:/rie VX +1jdx:9\/x2+1+2In(x+\/x2+1)+5ex+C.
X“+1
Tinh gia tri biéu thitc M =a+b+c.
A 6. B. 20. C. 16. D. 10.
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Cau 28.(THPT Chuyén Quang Trung) Cho f(x)= Z( (2\/x2 +1+5), biét F(x) 1a mdt nguyén
X“+1
ham ctia ham s6 f (x) théa F(0)=6.Tinh F (%) :
A 123 5. 125 ¢ 126 b, 127
16 16 16 16
Loi giai
~ A A 2 (X_z)lo ¥
Céu 29.(THPT Chuyén KHTN) Nguyén ham I mdx bang
RETCE ) PR TS ) P S
"33\ x+1 “11\ x+1 3\ x+1 11\ x+1

Cau 30.(THPT Nguyén T4t Thanh) Tim nguyén ham | = j

1+e*°

A | :x—ln‘l—ex +C. B.I :x—ln‘1+eX +C. C. | :—x—ln‘1+ex +C. D.
I :x+ln‘1+eX +C
Loi giai
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DANG 2. Phwong phép tirng phan.

1.Phwong phap.

® Phwong phéap. Cho hai ham s6 u va v lién tuc trén doan [a;b] va c6 dao ham lién tuc trén

doan [a;b]. Khi dé Iudv =uv— Ivdu. (*)

@ Trong thwc hanh dé tinh nguyén ham j f (x)dx bang tirng phén ta lam nhw sau:
Buwéc 1. Chon u, v sao cho f(x)dx=udv (chiy dv=v'(x)dx).
Sau d6 tinh v = [dv va du=u"dx.
Budc 2. Thay vao cong thikc (*) va tinh [vdu.
® Chiy. Thirty dat u nhw sau: nhit log arit, nhi da (da thic), tam lwong ( Jrrong gidc), tr mil

2.Bai tap minh hoa.

_ u=P(x)
sin x
Loail I = [P(x) dx trong d6 P(x) 14 da thirc. Véi dang nay, ta dat sinx] -
COS X dv = dx
COS X
LBai tAp 11. Tim cic nguyén ham sau:
a). | :j(x+1)sin xdx. b). | :J.x2 cos xdx.
Loi giai

LBai tp 12. Tim cic nguyén ham sau:
a). I, = j(2x—1)cos xdXx. b). I, :Ixsin 2xdx.
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Loai2. | = _[ P(x)e***dx, trong d6 P(x) la dathitc. V&i dang nay, ta dat {d oy
V - eaX+ X

LBai tAp 13. Tim c4c nguyén ham sau:
a). | :Ixexdx. b). | :.f(x2 +x+1)e’dx.

LBai tip 14. Tim cic nguyén ham sau:
a). |, :j(2x+1)e‘xdx b). | :Ixsexdx
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u=In(mx+n)

Loai3. I = | P(X)In(mx+n)dx, t dé P(x) ladathwc. Void ay, ta dat
: I (x)In( ) rong d6 P(x) 1a da thic. V&i dang nay, ta dd {dv:P(x)dx

LLBai tap 15. Tim cac nguyén ham sau:
a). | :jx3 In(2x)dx. b). | :j(2x+1)ln(x+1)dx.

LBai tip 16. Tim cic nguyén ham sau:

xln(x+M)dX“ b). K1=J‘|n(x+m>dx.

Jx2+1

a). I, =
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sin x
, sinx | . . L |u=
Loai4. | = J.{ }e dx.Véi dang nay, ta dat LOS X} .
COS X
dv =e*dx
LBai tAp 17. Bai 14. Tim cic nguyén ham sau:
a). | :J.sin xe*dx. b). | :.fcos 2xe¥dx .
o). I, :'fc032x.e3de d). | :J‘sin2 x.e*dx.
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Loai 5. D8i bién roi tirg phin

LLBai tdp 18. Tim cac nguyén ham sau:
a). | = [x%e dx. b). I = [e™dx.
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LLBai tp 19. Tim cac nguyén ham sau:
a). | = [(1-2x)" e dx. b). I = [v/xedx

3.Bai tdp rén luyén.

LBai 10. Tim cac nguyén ham sau:
a). | :j(2x—1)cosxdx. b). | :sz cos 2xdx.
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LBai 11. Tim cac nguyén ham sau:

a). | :jln(x+\/x2+1)dx. b). | :jexln(ex+1)dx.

Loi giai
LBai12. Tim cic nguyén ham sau:
x* ) X8
a). 1, = [ ———dx b). I = [In® xdx 0). Iy = [———dx
= =
Loi giai
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4.Cau héi trac nghiém.

Céu 31. (S& GD va Dao Tao Quang Binh 2019) Ho nguyén ham ciia ham s6 f (x)=x.sin2x la:

A _—100$2x+lsin 2X. B._—X0052x+lsin 2x+C
2 4 2 4
C. _—1c032x+lsin2x+C. D. Zc032x+lsin2x.
2 4 2 4
Loi giai
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Cau 32. (Thuan Thanh Bic Ninh 2019) Tim nguyén ham ctia ham s8 f (x)=xcosx.
Aj x)dx = xsinx—cosx+C. BJ x)dx = xsin x+cosx+C.
C. I x)dx = —xsinx+cosx+C . DI x)dx =—xsinx—cosx+C .

Loi giai

C4u 33.(S& GD va DT Lang Son 2019) Cho ham s3 y = f ().
Biét ham s§ da cho théa man hé thtrcj'f(x)sin xdx =— f (x)cosx+J'7zX cosxdx. Héi ham s&

y = f (X) 12 ham s8 nao trong cac ham s sau?

A f(X)=—2"Inz.  B. f(x)="—. c. f(x)=n"Inz. D. f(x)=-

Céu 34. (Trwdng Thyc Hanh Cao Nguyén 2019) Ham s6 f(x)=(x—1)e* c6 mot nguyén ham
F (x) 1a két qua nao sau ddy, biét nguyén ham nay bang 1 khi x=07
A F(x)=(x-1)e". B. F(x)=(x-1)e*+1. C.F(x)=(x-2)e*. D.F(x)=(x—2)e*+3

2
X°—=2 .
Cau 35.(Chuyén Tran Pai Nghia) Gia tri cta | = _[ [ jln Xdx bang
X
X2 2 X2 2
A l=2Inx+—Inx——+c. B.l=—In>X+—Inx——+c.
2 4 2 4
2 2 2
Cl=In®x+—Inx—2—+c. D. I = In® x X—In X,
2 4 2 4
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Céu 36.(THPT Chuyén-Son La 2019)Ho nguyén ham ctia ham s§ f (x)=x(1+sinx) 1a
2

2
X .
A. ?—xsmx+cosx+C.

X .
B. ?—xcosx+sm x+C.
2

2
X ]
C. ?—xcosx—smx+C.

X .
D. ?—xsm X—cosx+C.

Cau 37.(THPT Ly Nhan Téng) Mot nguyén ham [ (x—2)sin 3xdx = — (x—a)cos3x 1

+=sin3x+2017
b C
thi téng S =a+b+cbang
A.S=3 B.S =15 C. S =10 D.S =14

Céu 38.(THPT Triéu Thai Vinh Phic) Ho nguyén ham ctia ham s f (x) =3x(x+cos3x)la:
COS 3X

. COS 3X
A. X3+ xsin3x —

+C. B. x>+ xsin3x+

+C.

] C0S 3X
C. x> +xsin3x+cos3x+C.

D. x® —xsin3x —

+C.
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Loi giai

Cau 39.(THPT Hai H4u) Ho nguyén ham cta ham s f (x) = x(1+2sinx) la:
A. x> —(2x-2)sinx +C. B. X* — 2XC0S X + 2sinx+C..
C.%x2+2xcosx—23inx+C. D.%x2—2xcosx+25inx+C
Loi giai

2
Cau 40.(S& GD va Pao Tao Quang Nam) Biét [xIn(x*+1)jdx=aln5+bIn2+c véi a, b, ¢ la céc s6
1

hitu ti. Tinh P=a+b+c.
A. P=3. B. P=0. C. P=5. D.P=2.
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W

2

C4u 41.(THPT TX Quang Tri 2019) Nguyén ham cta ham s§ f (x)= X +2Inx 1a
2 2 2 2
A 2In?x+—Inx-2+1cC. B. IN? X+ InX—>+C.
2 4 2 4
2 2 2 2 2
C. In2x+X?Inx—X?+C. D. I X Xinx-Xic

Cau 42.(Chuyén L& Hong Phong Nam Dinh) Ho nguyén ham ciia ham s6 f (x)=x"+xe* 1a

A. %x5+(x+1)ex+c. B. %x5+(x—1)ex+c. C. %x5+xeX+C. D. 4x3+(x+1)eX+C.

Céu 43. (THPT Gia Loc Hai-Duong 2019) Ho nguyén ham ctia ham s§ f (x)=(2x-1)e* 1a
A. (2x-3)e* +C. B. (2x+3)e* +C. C. (2x+1)e*+C. D. (2x-1)e*+C.
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Ciu 44. (Cum Tran Kim Hung 2019) Tim ho cic nguyén ham jx(1+ ezx)d X

B. X—+x.e2x—%eZX+C.

2
A. X—+1x.ezx+1ezx+c.
2 2 4 2
2

X
D. — +xe”—e* +C.

2
C. %+lx.ezx—lezx +C.

C4u 45. (THPT Chuyén Quang Trung 2019) Cho ham s§ f (x) théa man f(0)=0, f'(x) L
+
Ho nguyén ham ctia ham s g(x)=4x.f (x) la
A. (x2 +1)In(x2)—x2 +C.
C. (X’ +1)In(x*+1)-x* +C.

B. x? In(x2 +1)—x2.
D. (x2 +1)In(x2 +1)— x2.

C&u 46. (THPT Chuyén Phan Bdi Chau) Ho nguyén ham ctia hams§ f (x)=x.e 1a

A. F(x)zge“(x—%j+c. B. F(x):%ezx(x—2)+c.

C. F(x)=2e"(x-2)+C.

Tel: 0935.660.880
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Cau 47. (THPT Chuyén Phan B6i Chau) Ho cac nguyén ham ctia ham sé f(x) = xIn*x 1a

A. 1x2(2ln2x+2ln x+1)+C. B.1x2(2ln2x—2lnx+1)+C.
4 4

D.1x2(2ln2x+2In x+1)+C.
2

C. 1x2(2In"-x—2Inx—1)+C.
2

Cau 48. (THPT Chuyén Phan B6i Chau) Ho nguyén ham ctia ham s f (x)= x(e3X —1) la:

2

2
A 1(3x+1)e3x—x—+C. B.1(3x—1)e3X+X—+C.
9 2 9 2
2 2
- LG D.1(3x+1)e3x+—+C.

C4u 49. (THPT Chuyén Son La 2019) Ho nguyén ham ctia ham s f (x)=2x(sinx+1) la
B. x*(x—cosx)+C.

A. x> —2xcosx+2sinx+C.
D. x> —2xcosx—2sinx+C.

C. x> +2xcosx—2sinx+C.
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Cau 50. (THPT Nguyén-Dirc Canh Thai Binh) Ho nguyén ham ctia ham s6 f (x)= x(eX —sin x) la
A. (x—1)e*+xcosx—sinx+C. B. (x+1)e* +xcosx—sinx+C.
C. (x—1)e*+xcosx+sinx+C. D. (x—1)e* —xcosx—sinx+C.

Ciu 51. (THPT Hai Ba Trung 2019)Cho biét F(x) = % X2 +2X— 1 la mot nguyén ham cua
X

(x2+a)2 . )
f (X) =-————. Tim nguyén ham cta g(X) = Xcosax.
X

] 1 . 1

A. xsinx—cosx+C. B. Ex5|n2x—zcoszx+c.
. 1 . 1

C. xsinx+cosx+C. D.Exsm2x+zc052x+C.

Loi giai

Ciu 52. (THPT Ham Rong) Biét J'xc052xdx=axsin 2X+bcos2x+C véi a, b la cac s6 hiru ti.
Tinh ab?
A.ab:—l. B.abzl. C.abzl. D.abz—l.
8 8 4 4

78 | Lop Todn Thiy - Diép Tuin Tel: 0935.660.880




HTrung T4m Luyén Thi Pai Hoc Amsterdam Chwong IlI-Nguyén Ham-Tich phan -Ung Dung H

Cau 53.(THPT Nguyén Hué 2019) Cho ham s6 f (x), biét f'(x)=xe*+1 va f(0)=1.Khidé f (1)

bang
A e+l B. 2. c.e+2. D. 3.
Loi giai

Cu 54. (Chuyén Thai Binh 2019) Ho nguyén ham ctiaham s6 f (x)=2x+sin2x la:
C. X~ Leos2x+C. D. x> —2c0s2x+C.

A.x2+£c052x+C . B.x*>+2c0s2x+C .

X
Cau 55.(THPT Phic Trach Ha Tinh 2019) Tinh F(X)= j xe3dx . Chon két qua ding.
B. F(x)=(x+3)e*+C.

X+3 %

A. F(x)=3(x-3)e3+C.
D. F(x)="——e®+C.
(x) 3 &t

C. F(x):XT_?’e3+C.

Cau 56. (S& GD va bao Tao Phii Tho) Ho nguyén ham ctia ham s6 y = 3x(x +cos x) la:
B. x* —3(xsin x+cos x) +c.

A. x> +3(xsin x+cosx) +c.
C. x®+3(xsin x—cosx) +C. D. x® —3(xsin X—CosX)+cC.
Tel: 0935.660.880
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Loi giai

x*Inx x°

C4u 57. (Chuyén Nguyén Du-bak Lik) Cho F(x)= -5 12 mot nguyén ham cua ham s6

f (x)=xInx, trong d6 a,b 1a cac hang s6 thwc. Gia tri 3a—b bang
A. 3. B. 1. C 2. D. 5.

Cu 58.(S& GD va Do Tao Phii Tho 2019) Ho nguyén ham ciaham s6 f (x)=x(2-e>) 1a
A. xz—%e3x(3x+l)+C. B. x2+%ezx(x+1)+c.
C. 2x2—%ezx(x—1)+C. D. xz—%e3x(3x—1)+c.
Loi gidi

Céu 59. (Tap Chi Toan Hoc) Tim ho nguyén ham F (x) :J.(X2 —X+1)ede.
A. F(x):(xz—S)eX+C B. F(x):(x2+x+4)eX+C
C. F(x)=(x2+3x—4)eX+C D. F(x)=(x2—3x+4)eX+C
Loi giai
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1
Cau 60. (Chuyén Hung Vwong Binh Phwéc) Cho F(X) =30 la mot nguyén ham cia ham sé

f(x
09 . Tim nguyén ham ctia ham s§ f'(x)InX.

1 Inx 1

, _Inx . _

A [f ()N xdx =7+ —5+C. B. | f'(x)Inxdx=- T
, CInx 1 . _Inx 1

C. J'f (x)Inxdx—?+§+C. D-If (x)In xdx = N _5X5+C-

Ciu 61.(THPT Chuyén Ha Tinh) Cho ham s6 y =e"sin x. Ho nguyén ham ctia ham sé trén la
A.lexcosx+lexsinx+c. B. —lexcosx—lexsinx+c.
2 2 2 2
C.lexcosx—lexsinx+c. D. —lexcosx+1exsinx+c.
2 2 2 2
Loi gidi

Céu 62. (S& GD va DT Ha Nam) Ho nguyén ham ctia ham s f (x)=(2x+3)Inx 1a
2 2
A. (x2+3x)lnx+x——3x+C. B.(x2+3x)lnx—x——3x+C.
2 2
x> x>
C. (x2+3x)lnx——+3x+C. D.(x2+3x)lnx+—+3x+C.
2 2

Loi giai
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Céu 63.(S& GD va BT Phi Tho) Ho nguyén ham ctia ham s8 y =3x(x+cosx) la
A. x*+3(xsinx+cosx)+C.

B. x* —3(xsinx+cosx)+C.
C. x°+3(xsinx—cosx)+C.

D. x*—3(xsinx—cosx)+C.

Céu 64.(Chuyén DH Vinh) T4t ca cac nguyén ham ctia ham s8 f (x)=— Xz trén khoang x € (0; z)
sin® x
B.—xcotx—In(sinx) +C

D.—xcot x—In(sinx)+C

A.—xcotx+In(sinx) +C
C.xcotx+In(sinx)+C

Cau 65.(Chuyén DH Vinh) T4t ca cac nguyén ham ctia ham s6 f (x) = X2 trén khoéng(O;zj la
COS™ X

A.F x =xtanx+1In cosx +C. B.F x =—xtanx-+1In cosx +C.

C.F x =xtanx—1In cosx +C.

D.F x = xtanx—In|cosx|+C.
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Cau 66.(THPT Ngb Quyén Ha N6i) Cho F (x)=x* 1a mot nguyén ham ctia ham s6 f (x).e**. Khi dé

_[ f'(x).e”dx bing

A —xX*+2x+C. B. —x’+x+C. C. 2x*-2x+C. D. -2x* +2x+C.

Cau 67. (Chuyén PH Vinh) Tim mdt nguyén ham cia ham s xtan® x trén (O%j
X2 X2
A. J'xtan2 xdx = xtanx+|n|cosx|—?+C. B. Ixtan2 xdx = xtanx—ln|cosx|—?+C.
2 2
C. jxtan2 xdx = xtanx+|n|cosx|+x?+C . D. J'xtan2 xdx:—xtanx+ln|cosx|—X?+C.
Loi giai
x : In(X+3
C4u 68.(THPT Nguy&n Khuyén)Gia st F (X) 12 mot nguyén ham cia ham s f ()= —z thoa

man F(-2)+F(1)=0 va F(-1)+F(2)=aln2+bIn5, véi a, b 1a cac s§ hitu ty. Gia tri cia
3a+6b bang
A. 4. B. 5. C.0. D. -3.
Lo gidi
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. (2X+x)Inx+1
Cau 69.(Trung Tam Thanh Twong) Ho nguyén ham cia ham sé y = la
X
2 X 2 X
A. (x +x+1)|nx——+x+C. B.(x +x—l)|nx+——x+C.
2 2
2 x? 2 X?
C. (x +x+1)|nx———x+C. D.(x +x—l)|nx——+x+C.
2 2
Loi giai
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Céu 70.(THPT Lé Quiy D6n) Ho nguyén ham ciaham s8 f (x)=2x(2+Inx) la

A.gx2+lenx. B.gx2+x2InX+C. C.gx2+lenx. D.gx2+x2InX+C.

Cau 70.(THPT Chuyén Quédc Hoc-Hué 2018) Cho a la s8 thwc dwong. Biét rang F (X) 1a mot nguyén
ham ctia ham s§ f (x)=¢" (In (ax)+%) théa man F (ij =0 va F(2018)=e™"*. Ménh dé nao sau
day diang ?

A ae(zolls;lj. B. ae(o;i}. C. a€(1;2018). D. a€[2018;+w).
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_3x-1
x+2

Cau 71. (THPT Gia Ldc 2019) Cho ham s8 f (x) xac dinh trén R\{-2} thod man f'(x)

f(0)=1va f(-4)=2.Gia tri cia biéu thirc f(2)+ f(-3) bang
A 12. B.In2. C.10+In2. D.3-20In2.

DANG 3. Phwong phép 14y nguyén ham hai vé& (Tich phin ham 4n).

1.Phwong phap chung.

Khi gdp nguyén ham ctia ham f (x) va cho dw¢i dang ham f'(x)nhw: f'(x)+ p(x).f"(x) =0

hodc f'(x).f"(x) = p(x) hodc u(x)f'(x)+u’(x)f(x)=h(x)hoac f'(x)+ f(x)=h(x)hoic
f'(x) = f(x) = h(x) thi ta nghi dén k¥ thuat iy nguyén ham hai vé.

Loai 1. f'(x)+ p(x).f"(x) =0 (thuwong)

2.Phwong phap.
o n £ (%) F (%)
Buéc 1. Chia hai vé cia biéu thirc cho f"(x) ta dwoc 700 +p(x) =0 T p(x)
X X

Buwérc 2. Liy nguyén ham hai vé ta dworc I%dx = —j p(x)dx .
X
Budc3.Dat t=f (x)=dt=f'(x)dx

Buéc 4. Tim nguyén ham Itd—: = —I p(x)dx theo bién t roi tra lai bién x.

3.Bai tdp minh hoa.

VxeR va f'(x)-2f(x)=0.Tinh f(-1) biétring f
A e, B. e’
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Cau 73.(THQG 2018)Cho ham s§ f'(x) théa man f(2):—% va f'(x)=4x".

xeR.Giatri caa f (1) bang?

=0 B. - o =L I
100 10 400 40

Céu 74.(Pé Chinh Thirc 2018) Cho ham s§ f (x) théaman f (2)=

moi X e R. Gid tri cia f (1) bing

A -2 B - ¢ B p. -2
35 20 20 5
Loi giai

Céu 75.(THPT Lé Xoay 2018) Gia st ham s§ y = f (x) lién tuc, nhan gia tri dwong trén (0;+) va
théaman f(1)=1, f(x)=f'(x)~/3x+1, vé6imoi x>0.Ménh dé nao sau ddy dung?
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H Trung Tam Luyén Thi Dai Hoc Amsterdam
A 2<f(5)<3. B.1< f(5)<2. C. 4< f(5)<5. D.3< f(5)<4.
Loi giai

Cau 76.(D& Chinh Thirc 2018) Cho ham s8 f (x) théaman f(2)=

moi X € R. Gid tri cia f (1) béng

A2 B.—Z. -2 D.- =
36 3 36 15
Loi giai

Céu 77.(THPT Ding Thiic Hira) Cho ham s8 f (x) c6 dao ham xéc dinh, lién tuc trén doan [0;1]
~1va[f'(x)] =f"(x).Dat T = f (1)~ £ (0), hay chon

dong thoi théa man cac diéu kién f'(0)

khang dinh diung?
D.1<T <2.

A —2<T <-1.

B. -1<T <0. C.0<T <1.
Loi giai
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Cau 78. (THPT Yén binh 2018) Cho ham s6 f (x) c6 dao ham lién tuc trén R va théa man

. (X . ]
f(x)>0, vxeR.Biét f(0)=1va %: 2—2x. Tim céc gia tri thwc cda tham s6 m dé phwong
X
trinh f (X)=m c6 hai nghiém thwc phan biét.
A . m>e. B.0<m<1. C.0<mc<e. D.l<m<e.
Loi gidi

Cau 79. Cho ham s§ f (x) lién tuc trén R\{0;—1}, théa man x(x+1).f'(x)+ f (x)=x*+x véi
moi x e R\{0;-1} va f(1)=-2In2. Biét f(2)=a+bIn3 v6i a, beQ, tinh P =a’+b*.

Ap-1 B.P=3. cp-18 D.p=
2 4 4 2
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C4u 80.Cho ham s§ f () lién tuc, khong 4m trén [0;3], thoa f(x).f'(x)=2xf*(x)+1 véi moi
xe[0;3] va f(0)=0. Giatricta f(3) bing
A 0. B. 1, C. /3. D. 311,

A N ~ A n n ~ T 2 . ..
Céu 81.Cho ham s8 f (x) lién tuc, khong 4m trén [O’E] thoa f(x).f'(x)=cosx 1+ f 2 (x) voi

moi X e [O;%} va f(0)= J3. Gi4 tri caa f (%) bang

A. 0. B.1. C. 2. D. 24/2.

Céu 82.(THPT Ly Thwong Kiét Ha Noi) Gia sit ham s6 f (X) c6 dao ham lién tuc trén R, nhan gia
tri dwong trén khoang (0;+e0) va théaman f (1)=1 f (x)= f'(x)v3x+1 véi moi x>0. Ménh dé

nao sau day la dang?
A 4<f(5)<5. B.1< f(5)<2. C.3<f(5)<4. D.2< f(5)<3.
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Cau 83.(THPT Thuin Thanh) Cho ham s f(x)#0; f'(x)=(2x+1).f*(x) va f(1)=-0,5.

Biét tong f (1)+ f(2)+ f (3)+.+ f (2017):%,- (aeZ;beN) véi % t5i gian. Chon khing dinh
ding.

A —<-1. B. a—-b=1. C. b—a=4035. D.a+b=-1.

Cau 84. Cho ham s8 f (x) c6 dao ham lién tuc trén (0;+0), bidt f'(x)+(2x+3) f*(x)=0,

£ (x)> 0 voimoi x>0 va f(l):%. Tinh P=1+ f (1)+ f (2)+...+ f (2018).

p_ 1009 . B P 2019. C P 3029 D. P 4039
2020 2020

2020 " 2020
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C4u 85.(THPT Quynh Luu) Cho ham s8 f (x)#0 théa man didu kién f'(x)=(2x+3) f?(x) va
f(0) :—%. Biét rang tong f (1)+ f (2)+ f (3)+..+ f (2017)+ f (2018):% voi (a eZ,be N*) va

a’ by n ~ A =2 ~ Y by ~ ra
b la phén s0 toi gian. Ménh dé nao sau day dang?

A2c B.%>1.C. a+b=1010. D. b—a=3029.

Céu 86.(THPT Yén Phong) Cho ham s& f (x) lién tuc trén tdp R thoéa man
F'ONX +1=2xf (x)+1 va f(x)>-1, f(0)=0.Tinh f(v3).

A 3. B. 9. C.3. D. 0.
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Ciu 87.(THPT Hoang Hoa Thdm-2018) Cho ham s6 f (x) lién tuc, khong am trén doan {O' ﬂ} thoa

man f(0)= J3va f (x). =C0S X1+ f?(X), Vx e{ } Tim gi4 tri nhé nhit m va gia tri

Céu 88.(THPT Kinh Mén 2018) Gi st ham s8 f(x) lién tuc, dwong trén R ; théa méan f (0)

2o ’ K a =1va
M - X Knhidé hiéu T = f (ZI) f (1) thudc khoang
f(x) x? x2+1 '
A. (2;3) B. (7;9). C. (0;1) D. (9;12)
O3 | Lop Todn Thiy - Diép Tuidn
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Loi giai

Céu 89.(Nguyén Tt Thanh Yén Bai) Cho ham s6 y = f (x) c6 dao ham lién tuc trén khoang
(0;+), biét f'(x)+(2x+1)f*(x)=0, Vx>0 va f(Z):%. Tinh gia tri chia biéu thic
P=f(1)+f(2)+..+ f(2019).

A 2021. B. 2020. C. 2019 . D. 2018 -
2020 2019 2020 2019
Loi giai

Céu 90.(THPT Chuyén Théi Binh) Cho ham s§ y = f (x) dong bién trén (0;+wx); y = f(x) lién tuc,
nhén gia tri dwong trén (0;+0) va théa man f( % va [f ] =(x+1).f (x). Ménh d& nao
dwéi day dang?

A. 2613< f?(8)<2614. B. 2614 < f?(8)<2615.

C. 2618< £2(8) < 2619. D. 2616 < ?(8) < 2617.

94 | Lop Todn Thiy - Diép Tudn Tel: 0935.660.880




HTrung T4m Luyén Thi Pai Hoc Amsterdam Chwong IlI-Nguyén Ham-Tich phan -Ung Dung H

C4u 91.Cho ham s6 f (x) nhén gié tri dwong, c6 dao ham lién tuc trén (0;+o0) théa man

f(2):% va f'(x)+(2x+4) f2(x)=0.Tinh f(1)+ f(2)+ f (3).

Loai 2. f'(x).f"(x) = p(x) (tich)

1.Phwong phap.

Buwéc 1. Lay nguyén ham hai vé ta dwoc I f(x).f'(x)dx = —f p(x)dx .
Budc2.Dat t=f (x)=dt=f'(x)dx

Bwéc 3. Tim nguyén ham It”dt = —I p(x)dx theo bién t roi tra lai bién x.

2.Bai tdp minh hoa.

Cau 92.(THPT Doan Thwong) Cho ham s6 y = f (X) théa man f '(X).f (x)= x* +x°. Biét f (0)=2.
Tinh f?(2).

313 332 324 323

A f?(2)==" B. f*(2)="=. 2 (2)="—. D. f?(2)="".

(=72 (=72 ¢ (2)=7 (=72
Loi giai
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Cau 93. Cho ham s8 f (x) théa f (x) f'(x)=3x"+6x’. Biétrang f (0)=2, tinh f*(2).
A. 7(2)=64. B. f2(2)=8L C. £2(2)=100. D. £2(2)=144.

Céu 94.Cho ham s8 f (x) c6 dao ham f '(x) lién tuc va nhan gia tri khong 4m trén [1;+), thoa

f(1)=0, er(X).[ f ’(X)]2 =4x* —4x+1 véimoi x e [1;+00). Ménh d& nao sau déy dung?

A -1<f'(4)<0. B.0< f'(4)<1. C.1<f'(4)<2. D.2< f'(4)<3.

Céu 95.(Chuyén Ngoai Ngir Ha N6i) Cho ham s6 y = f (x) lién tuc va c6 dao ham trén doan [-1;0],
ddng thoi théa man diu kién f(x)=(3x*+2x)e "™ ,vxe[-10]. Tinh A= f(0)- f (-1).

A. A=-1. B. Azl. C. A=1 D. A=0.
€
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Loai 3. Str dung dao ham ctia tich khi biéu thic c6 dang

U(X) F/(X) +U'(x) f (x) = h(x) hogie ST CI=UCITE) _ oy

*(x)

1.Phwong phap.

Budc 1. Bién doi biéu thirc vé dang u(x) f'(x) +u’(x) f (x) = h(x) < [u(x) f (X)] =h(x)
Budr 2. Khi d6 14y nguyén ham hai vé [u(x) f (x)]' =h(x) < [[u(x) f (x)]'dx = [ h(x)dx

& u(x) f () = [h(x)dx
Buéc 3. Tim ham f (x).

ani s OO S =h(x)©[“(x)} =h(x)

2.Bai tap minh hoa.

C4u 96.(S& Ninh Binh 2019) Cho ham s f(x) théaman f (1) =3va x(4- f (X)) = f (x) -1 véi moi
x>0.Tinh f(2).
A 6. B. 2. C.5. D. 3.

Cau 97.(Ddng Thanh Nam)Cho ham s8 f (X) c6 dao ham trén ]R\{O} théaman f'(x)+

va f(1)=-1.Gi4tricda f (g) bang

P B. —. C—. D. =
96 64 48 24
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Cau 98.(Chuyén Pai Hoc Vinh) Cho ham s f (x) théa man (f'(x)) + f (x).f"(x)=15x* +12x,
vxeR va f(0)=f'(0)=1Giatricta f*(1) bang:

A.g. B.E. C. 10. D. 8.
2 2

Céu 99.(Cau Gidy Ha N6i 2019) Cho ham s8 y = f (X) c6 dao ham cp hai trén (0;+c0) théa min
2xf'(x)— f (x) = x*v/xcosx, Vxe(0;+o); f (47)=0.Gid tri biéu thirc f(97) la:

A O. B. -3Jr. C. —/r. D. -2r.
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Cau 100.(THPT Chuyén BH Vinh 2018) Cho ham s§ y = f (x) c6 dao ham lién tuc trén [1;2] thoa
man f(1)=4 va f(x)=xf'(x)—2x’-3x*. Tinh f(2)
A 5. B. 20. C.10. D. 15.

Cau 101.(KHTN Ha Noi Lan 3)Cho ham s8 f (x) lién tuc trén doan [0;4] théa min
" I:f(x):lz ' 2 7 . . s & ' Nz
f(x) f (X)+—=[f (X)] va f(x)>0 v6i moi x 6[0,4]. Biét rang f'(0)=f(0)=1, gia
(2x+1)’
tri cia f(4) bing
A. €’. B. 2e. C. ¢e’. D. e’ +1.
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Loai 4. f'(x)+u(x).f (x) =h(x)(thuong)

1.Phwong phap.

Buéc 1. Nhan hai vé ciia bidu thirc véi e/ ™ ta dwoe £/(0el " +u(.el " 1 (x) = e/ “*n(x)
P [ f (X)ej.u(x)dxj| _ eIU(X)dXh (X)

Bwéc 2. Tir dé suyra f(x)el"®* = | ol "% (X Ydx
Buéc 3. Tim nguyén ham dé tim ham s6 f (x).
Dit biét:
@ f/(x)+ f () =h(x) = e f'(x)+e*.f(x) =e*h(x) <[ e".f (x)]' =" h(x) (nhdn véi ")

@ f/(x)- f()=h(x) = e f'()+e™.f(x)=e™h(x) <[ f (x)]' =e " h(X) (nhdn véi e

2.Bai tap minh hoa.

2.

Cau 102.(Chuyén PH Vinh) Cho ham s8 f(x) théa man f(x)+f'(x)=e™,vxeR va f(0)
T4t ca cac nguyén ham cia f (X)ezx 1a

A (x-2)e*+e*+C. B. (x+2)e” +e*+C. C.(x-1)e*+C. D.(x+1)e*+C.

Céu 103. (Chuyén DH Vinh) Cho ham s6 f (x) théaman f'(x)+2xf (x)=2xe™, ¥xeR va
f (0)=1. T4t ca cac nguyén ham cta x.f (X)eXZ 1a
2 1 2 e 2 . 1 2
A (X*+1) +C. B.E(x2+1) e +C. C.(¥+1)e*+C. D.E(x2+1) +C.
Lo giai
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Cau 104.(Chuyén Thai Binh)Cho f(x) la ham s6 lién tuc trén R thoa man
f(x)+f'(x)=x,vxeR va f(0)=1.Tinh f(1).

nE B.L. C.e. D. <.
e e 2

Cau 105. Biét rdng xe* 12 mdt nguyén ham ctia f (—X) trén khoang (—o0;+%). Goi F (X) 1a mot

nguyén ham cua f '(X)ex théaman F (0) =1,gidtricia F (—l) bang

Al B. 2% c [=¢ D.>.
2 2 2 2
Loi giai
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BAI 3. TICH PHAN

0 DAT VAN DE:

Né&u can tinh dién tich mot hinh phang dugc bao béi cac doan
thang ta chi viéc chia hinh phang do6 thanh cac hinh quen thudc
nhw hinh tam giac, hinh vuéng, hinh chit nhat... la nhitng hinh
da biét cach tinh dién tich.

Nhuwng bay gid ta can tinh dién tich hinh phing ma dudng bao
clia n6 1a cac doan cong. Ngwdi ta ciing chia hinh phing d6
thanh cac hinh nhé hon, ching bao gobm mét sé hinh chir nhét,
hinh tam giac... va cac hinh thang cong.

Tich phan giup ta tinh dién tich hinh thang cong dé.

A.LY THUYET
1. PINH NGHIA VA TiNH TiCH PHAN CO BAN.
1. Pinh nghia
Cho f(x) 1aham sélién tuc trén K va a, b 13 hai s6 bat ki thudc K. Gid stt F(x) 1a mét nguyén

ham cia f (x) trén K thi hiéusé |F(b)-F (a)| dwoc goi la tich phan clia f (x) tir a dén b va ki

f(x)dx=F(x)[ =F(b)-F (a)|.

hiéu la

O — T

LAVi du 1. Tinh cac tich phén sau:
1 2
a). | :I(x3+x+1)dx. b). | :jx(x—B)dx.
0 -2
Lo gidi
EAVi du 2. Tinh cac tich phan sau:
1 2
a). I =[x +x/x)dx. b). 1 = [(Vx+1)(x—vx+1)ax.
0 1
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CAVi du 3. Tinh cac tich phan sau:
211 ‘ 1,1 24
a). | =|| 5+— dx. b). | =|| X+—=+—=+Xx" |dXx.
) -!.(xz X3jd ) -!.( X X J

LAVi du 4. Tinh cac tich phén sau:
1902 Loy2 _
a)_ | :Ide_ b) |:J‘wdx
o X+l o X —4x+4
Lo gidi
2. Tinh chat
@ Tich phan tai mot gia tri xac dinh ctia bién s6 thi bang 0, tirc 1a j f(x)dx=0

b a
@ Déi can thi d6i dau, tirc1a | [ £ (x)dx=—[ f (x)dx].
a b

® Hang s0 trong tich phan c6 thé dwara ngoéi dau tich phén, tirc la

jkf x)dx = kj x| (k 13 hing s6).

@ Tich phan mot tdng bang téng cac tich phan, tirc 1a

i[f(x) x) |dx = I dx+jg dx|.

b c
® Téch déi tich phan, tirc 1a jf(x)dx:jf(x)dx+jf X) dx
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b
Chu y: Tich phan j f (x)dx chi phu thudcvaoham f vacaccén a, b makhéng phu thudc vao

b b
bién s6 x, tircla || £ (x)dx= [ f (t)dt].

2 5 5
CAVi du 5. Cho biét [ f(x)dx=—4, [ f(x)dx=6 va [g(x)dx=8.Hay tinh
1 1 1

f (x)dx. b). iBf(x)dx.

[ f(x)—g(x)]dx. d). Jj[4f(x)—g(x)]dx.

Loi giai

I1. CAC PHYONG PHAP TINH TiCH PHAN
1. Phwong phap d3di bién s6 loai 1
b

Gid stt can tinh | = I f (x)dx ta thuwc hién cac buéc sau

a

Bwéc 1. bat x=u(t) (voi u(t) la ham cé dao ham lién tuc trén [a;f],

f[u(t)] xac dinh trén [e;8] va u(a)=a, u(f)=b) vaxécdinh a, .

Buéc 2. Thay vao, ta c6 || =f flu(t)]u(t)de=[g(t)dt=G(t)

Mot s6 dang thwdng dung phwong phéap ddi bién sd loai 1

D4u hiéu Cach chon

x =alsint te{—z;z}
2 2

x =|alcost te[0;7]

a —X
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X —a

. te|-2.2)\o)
te[O,ﬂ]\{%}

_—

cost
x=|a|tant te[—z;fj
2 2

LAVi duy 6. Tinh cac tich phan sau:

NG
a). | = I V16 — x> dx.
0

2. Phwong phap d6i bién sé loai 2.

Twong tw nhuw tim nguyén ham, ta c6 thé tinh tich phan bang phwong phap déi bién s6 (ta goi la

loai 2) nhu sau:

bé tinh tich phan | =

D ey T

Bwéc 1. Pat t=u(x)=dt=u'(x)dx.D8ican:

f (x)dx néu f(x)

= [u (x)] u'(x), ta thuc hién phép déi bién nhu sau:

{x:a:ﬂ:u(a)

x:b:>t:u(b)'

u(b)
Buwdrc 2. Thay vao ta c6

u(a)

I= [ g(t)dt=G(t)

[DAVi du 7. Tinh cAc tich phan sau:
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E E
a). | = dx. b). | = dx
et 6 (x+1)2

3. Phwong phép tich phén tirng phin
a).Phwong phap: Cho hai ham s u va v lién tuc trén [a;b] va c6 dao ham lién tuc trén [a;b].

b

Khi dé: j'udv:uv —jlvdu.

a

Mot s6 tich phan cadc ham s8 dé phat hién u va dv

i _ u=In|g(x)
Dang 1 J' f(x)In[ g(x) Jdx bit {dv i f[(x)dX]
u=f(x)
i sin ax - sin ax
Dang 2 [ ()| cosax dx v =| cosax |dx
a e R
Ue sinax
Dang 3 :feax [Si” ax }dx bat | cosax
2 LCOsSaX dv = e™dx

Uu tién dit u theo quy tic " nhdt log, nhi da, tam lrong, t¢ mid" . Tixc 1a trong ham s6 dwdi ddu
tich phan hgp bdi 2 trong 4 ham s trén thi ta dat U theo thi tw wu tién nhuw trén, con lai thi dat

la dv.
CAVi du 8. Tinh cac tich phan sau:
2 1
a). | :Im—sxdx. b). I = [ (x+1)e’dx.
1 X 0

Loi gii
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B. PHAN DANG VA BAI TAP MINH HOA

DANG 1. Tinh tich phan co ban.

1.Phwong phap.

Buérc 2. Ap dung cong thirc tinh tich phan

Dé tich mét tich phan ban ta tién hanh hai buéc.
Bwérc 1. Tinh nguyén ham dwa vao cac ky thudt tim nguyén ham.

b

If(x)dx:F(x)|::F(b)—F(a) _

2.Bai tap minh hoa.

a). | = Ie“xdx.
0

LABai tAp 1. Tinh cac tich phan sau:
1

0
Lo gidi
LABai tap 2. Tinh cac tich phan sau:
2
In2 2x+1 1(2*) —9
a) 1= [ S ax. b). | =j( )X dx.
0 € 0 €
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LBai tap 3. Tinh cac tich phan sau:
3 z i
a). | :J'(Zsin X +3c0s X+ X dx. b). | :J‘|:23in(x_€j+3xl:|dxl
; :
Lo giai

LBai tAp 4. Tinh cac tich phan sau:
: :
a). | = _[sin 3xcos 2xdx. b).l = .[cosz X c0S 2XdX.
0 0

Lo gidi
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LOBai tap 5. Tim nghiém X thudc khoang (0;%) théa man J.(Zsin2 t —1) dt = —%.
0
Lo gidi
LBai tap 6. Tinh cac tich phan sau:
22
e? 3
a). | =dex. b). | = I\3/3x+5dx.
1 X 1
Lo gidi
3.Bai tap minh hoa.
[Bai 1. Tinh c4c tich phan sau:
: :
a). | :J.(1+cosx+20052 X X, b). | :Isin3xcos xdX.
0 0

Lo giai
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3 3
CBai 2. Cho [ f (x)dx=—-2 va [g(x)dx=3. Hay tinh
1 1
3 3
a). A:I[Sf(x)—g(x)]dx b) B=I[5—4f(x)]dx
1 1
Loi gia

b
C1Bai 3. Tim b néu biét ring [(2x—4)dx =0.
0
Lot giai

3 X
LA Bai 4. Tim nghiém X thudc khoang (_Z;_ﬂ) thoa ménj_coidt = CO0S 2X—\/§.
4 4 ° sint +cost
"

Lo giai
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4.Cau héi trac nghiém.

Mirc d6 1. Nhan biét.
Céu 1.(THPT Hong Linh-Ha Tinh) Cho ham s6 y = f (x), y=g(x) lién tuc trén [a;b] va s6 thuc k
tuy . Trong cac kh:fmg dinh sau, khang dinh nao sai?

I dx——j B.

C4u 2. Khing dinh nao sau day sai?

A.i[f(x) X) |dx = I dx+jg B.

¢ [t (x)dx=]  (x)dx D. [ f (x)dx={f (t)at

Céu 3.(THPT Tran Pha Da Nang) Cho ham s§ f (x) lién tuc trén [a;b] va F(x) la mét nguyén
ham cta f (x). Tim khdng dinh sai.
b a
A. [ f(x)dx=F(a)-F(b). B. [ f(x)dx=0.
b a b
C If(x)dx:—jf(x)dx D.If(x)dx:F(b)—F(a)
a b a

Céu 4.(Chuyén Qudc Hoc-Hué 2018) Cho f(x) la ham s@ lién tuc trén doan [a;b] va ce[a;b].
Tim ménh dé ding trong cac ménh dé sau.
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f( dx+j x)dx = j

f( dx+J‘ dx: f (x)dx.

C4u 5.(THPT Chuyén Nguyén Quang Diéu) Gia str f 13 ham s6 lién tuc trén khoang K va a, b, ¢
12 ba s6 bat ky trén khoang K . Khang dinh ndo sau day sa17
A I x)dx =1. B.If(x)dx:—jf(x)dx.
c b b ?J b '
C. [ £ (x)dx+ [ f(x)dx=[f(x)dx, ce(ab) D. [ f(x)dx=]f(t)dt

Cau 6. (THPT Tran Phu 2018) Khang dlnh nao sau day sal ?

A I[f (x)]dx= J' dx+jg BJ' x)dx =

N

2
Cau 7.(TT Diéu Hién Can Tho) Cho | = [ f (x)dx=3.Khid6 J = [[4f (x)-3]dx béng:
0 0

A 2. B. 6. C. 8. D. 4.

Lo giai

2 5 5
Cau 8.(THPT Chuyén Hoang Van Thu) Néu [ f (x)dx=3, [ f(x)dx=—1 thi [ f (x)dx bing
1 2 1
3

A 2. B.2. C. D. 4.
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10
Céu 9.(THPT Kinh Mén 2-Hai Duong) Cho ham s8 f (x) lién tuc trén doan [0;10] va I f(x)dx=7
0
6 2 10
va [ f(x)dx=3.Tinh P = f (x)dx+ [ f (x)dx
2 0 6
A P=7 B.P=-4 C.P=4 D. P=10
Loi giai
Cau 10.(THPT Ninh Giang-Hai Dwong) Gia st I x)dx =37 va I g(x)dx=16.
Khi do, | = j [2 (x)+3g(x) |dx bing:
0
A 1=26. B. | =58. C. 1=143. D. 1 =122.

Lo gidi

Céu 11.(THPT Hoang Hoa Tham-Hung Yén) Cho ham s§ f (x) c6 f'(x) lién tuc trén doan [-13],

&
f(-1)= 3véj f'(x)dx =10 gia tri ctia f (3)bang
1

A. -13. B. 7. C.13. D.7.
Loi giai

Céu 12.(THPT Kinh Mén-Hai Dwong) Cho ham f (x) c6 dao ham lién tuc trén [2;3] dong thoi

f(2)=2, f(3)=5. Tll’lhI X)dx bang

A -3. B.7. C. 10 D. 3.
Lo giai

Céu 13.(THPT Hong Bang) Cho ham s§ f (x) c6 dao ham trén doan [-1 4], f(4)=2018,
4
[ £/(x)dx=2017. Tinh f (~1)?
il
A. f(~1)=-1. B. f(~1)=1. C. f(~1)=3. D. f(-1)=2.
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8 4 4
Cau 14.(S& GD & BT Can Tho) Biét [ f (x)dx=-2; [ f(x)dx=3; [g(x)dx=7. Ménh d& nio sau
1 1 1
day sai?
8 4
A | f(x)dx=1. B. j[f(x)+g(x)]dx:10.
4 1
8 4
C ff(x)dx=—5 D I[4f(x)—29(x)]dx:—2
4 1

1 3
Cau 15.(Chuyén Lam Son) Cho ham s8 f (x) lién tuc trén R va c6 [ f(x)dx=2; [ f(x)dx=6.
0 1

B. 1 =12. C. 1 =36. D.1=4.

Lo giai

Cau 16.(THPT Ngoc T4o - Ha Néi) Cho j: f'(x)dx=7 va f(b)=5.Khidé f(a)bdng

A.12. B. 0. C. 2. D. 2.

Loi giai

Céu 17.(S& GD Va BT Vinh Phiic- 2018) Cho ham s8 f (x) lién tuc trén [0;1] va f (1)—f(0)=2.

1
Tinh tich phan | £(x)dx.
0

Al=-1. B. | =1. C.l=2. D.l =0.

Céu 18.(THPT Hai Hau -2018) Cho f(x) va g(x) la hai ham sé lién tuc trén doan [1;3], thoa man:

j[f (x)+3g(x)]dx =10 va Jj[Zf (x)-g(x)]dx=6.Tinh | =.j|.[f (x)+g(x)]dx

A 1=8. B. 1 =9. C.1=6. D.|=7.
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Lo gidi

Céu 19.(THPT Kinh Mén) Cho ham s8 f (x) lién tuc trén doan [0;10] va I f(x)dx=7 va

0
6 2 10
[ f(x)dx=3.Tinh P = [ f (x)dx+ [ f(x)dx.
2 0 6
A P=7. B. P=—4. C.P=4. D. P=10.

Lo giai

Céu 20.(SGD Pong Thap-2018) Cho ham s§ f(x) va F(x) lién tuc trén R théa F'(x)=f(x),

1
vxeR. Tinh [ f(x)dx biét F(0)=2 va F(1)=5.
0

1 1 1 1
A [ f(x)dx=-3. B. [ f(x)dx=7. C. [ f(x)dx=1. D. [ f(x)dx=3.
0 0 0 0
Lot gidi
2 2
Cau 21.(SGD Dbng Thap-2018) Cho biét [ f (x)dx=3 va [g(x)dx=-2
0 0
2
Tinh tich phén | = [[2x+ f (x)—2g (x)]dx.
0
A 1=18. B. | =5. C.1=11. D. | =3.

3
dx
Cau 22.(THPT DPoan Thwgng-Hai Dwong) Tich phan | = .[ —— bang?
H

A. cotf—cotz. B. cot£+cot£. C. —cot£+cot£. D. —cotz—cotz.
4 3 4 3 4

Loi giai
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2
Cau 23.(THPT Chuyén Bién Hoa-Ha Nam) Biét jCOS xdx=a+b+3, véi a, b 1a cic s hiru ti. Tinh

3
T =2a+6b.
A T=3. B.T=-1 CT=-4. D.T=2.

Lo giai

1
C4u 24.(THPT Chuyén Bién Hoa-Ha Nam) Tinh | = J.e3x.dx.
0

3 e’ -1 3
A l=¢e"-1. B.l=e-1. C. = D. |l =e"+=
Lo giai
S x+1
Cau 25.(THPT M Dirc-Quang Ngiii) Tinh tich phan: 1 = [——=dx.
X
1
A l1=1-In2. B.1=2In2. C.1=1+In2. D.I:E.
Loi giai
of 1
Cau 26.(THPT Chuyén Théi Binh) Tinh | = [ [2 1+3& j dx.
-\ 2X +
A 2+In+/3. B. 4+In3. C. 2+In3. D.1+In+/3.
Lo giai
C4u 27.(THPT Chuyén Ha Long-Quéng Ninh) Tinh tich phin J.Sin 3xdx
0
AL B. L. B D. 2
3 3 3 3
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[N

0
Cau 29.(THPT Thuan Thanh 2) | 1i dx bing
—X
-3

A. -2In2. B.2In2-1. C.In2. D. 2In2.
Loi giai

2018

Cau 30.(THPT Tran Phd-Pa Nang) Tich phan I = J. 2*dx bang
0

B 22018 _1 C 22018
" In2 " In2
Lo gial

A 2% 1,

A.1-43. B. /3-1. C. /3 +1. D. —/3-1.
Loi giai

1
Cau 32.(S¢ GD-DT Gia Lai -2018) Tinh tich phan | :I d);
—2X
0
A. —llnS. B.—In3.C.1In3. D.llog3.
2 2 2

Loi giai
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1
Cau 33.(Chuyén Ha Tinh-2018) Tich phan [e "dx bing
0

Ae-1 B.--1 &=L p.l
e e
Loi giai
A » A o R (1+x
Cau 34.(Pang Thic Hira-2018) Tinh tich phan | :I -—dx.
X
1
A. I=1+£. B. I=2—£. C. I=2+£. D. I=l—£.
e e e e
Loi gii
©dx
Céu 35.(D Chinh Thirc 2018) [ ——— biing
1 2X+3
A.2Inz. B.Eln35. C. Inz. D.Elnz.
5 2 5 2 5

Mirc d6 2. Thong Hiéu

2 2
Cau 36.(THPT Tay Thuy An -Théi Binh) Cho [[3f (x)+2g(x)]dx=1, [[2f (x)-g(x)]dx=-3.
1 1

2
Khi d6, [ f (x)dx béng
1

AE. B —§. C.E. D.E.
7 7 7 7

Céu 37.(THPT Chuyén Hung Vwrong-Phii Tho) Cho ham s& f (x) lién tuc trén Khoang (-2; 3). Goi
2

F(x) 1a mot nguyén ham cia f(x) trén khoang (-2;3). Tinh |= I[f (x)+ 2X]dx, biét
)

F(-1)=1va F(2)=4.
A. | =6. B. 1 =10. C.1=3. D. | =9.
Lo giai
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Cau 38.(THPT Binh Xuyén-2018) Néu j z)dz =17 va j t)dt =12 thi j ~3f (x)dx bing

[ee]

A. -15. B. 29. C. 15. D. 5.
Loi giai

Céu 39.Cho ham s8 y = f (x) lién tuc trén [a;b], néu j x)dx =5 va J. x)dx =2 (véi a<d <b)

b
thi If(x)dx bang.

a

A 3. B.7. C.g. D. 10.

Céu 40.(Chuyén Thoai Ngoc Hau) Cho f(x), g(x) la hai ham s lién tuc trén doan [-11] va f(x)

1a ham s8 chan, g(x) 1a ham sg 1é. Biét | f (x)dx =5; Ig x)dx = 7. Ménh dé nao sau day la sai?

O ey

A. j.f )dx =10. B.'lf[f(x)+g(x)]dx=10.
C.j[f(x)—g(x)]dx:lo. D. jg dx =14.

1 1
Ciu 41.(S& GD&DT Bic Giang) Cho I f (x)dx =3. Tinh tich phén | = I[Z f (X)—l} dx.
-2 -2

A -9 B. -3 C.3 D.5
Lo giai
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2
Cau 42.(S& GD&DT Bc Giang) Tich phan [(x+3)" dxbing
1
A. 61 B & C. 4 p. %
3 9

1
C4u 43.(THPT Chuyén Quéc Hoc Hué) Tinh tich phan | = szow (1+x)dx
0

1 1 1 1 1 1 1 1
=t B.l=—-+—. Cl=——+—-. D.l=——+——
2018 2019 2020 2021 2019 2020 2017 2018
Lo giai

N

Céu 45.(Chuyén Lé Hong Phong-2018) Két qua cta tich phan |(2x—1-sinx)dx dwoc viét & dang

O Ly

1 .
7[(% — Bj -1 a, b eZ.Khang dinh nao sau day la sai?

A . a+2b=8. B.a+b=5. C.2a—-3b=2. D.a—-b=2.
Lo giai
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Céu 46.(THPT Chuyén Hoang Van Thu) Tim cac s6 a, b dé ham sé f (x)=asin(zx)+b thoa man
f(1)=2va [ f(x)dx=4.

A.a=%,b:2. B.a:—%,bzz. Ca=-7,b=2. D.a=7z,b=2.

Loi giai

0
Cau 47.(THPT Chuyén Pai Hoc Vinh)Cho tich phan I cos2xcos4xdx = a+b+/3, trong dé a, b la cac

3]
héng s6 hiru ti. Tinh e* +log, |b|.
A -2 B. -3 C.% D.0

Cau 48.(THPT Tay Thuy Anh-Thai Binh) Tinh | = j85in 3xcos xdx =acos4x+bcos2x+C . Khi do,
a—b bang
A 3. B. -1. C.1. D. 2.
Loi gidi

3
C4u 49.(Chuyén Thai Nguyén-2018) Cho tich phan J.(4x —1+cosx)dx = ﬂ[z — %j +c, (a,b,ceQ).
a
0

A —. B. 1. C. 2. D.%.

Loi giai

C4u 50.(S& GD&DT Binh Phwérc) Gid tri ndo cha b dé j(2x —6)dx=07?
1

A. b=0 hoac b=3. B. b=0 hoac b=1 C. b=5 hoac b=0. D. b=1hoac b=5.

121 | L6p Todn Thiy - Digp Tuén Tel: 0935.660.880




|:|T rung Tam Luyén Thi Pai Hoc Amsterdam Chwong IIl-Bai 3. Tich Phan |:|

Lo gidi

2 1
Cau 51.(PTNK-TP HCM) Cho | = [(2x* —x—m)dx va J = [(x* —2mx)dx. Tim diéu kién ctia m dé
0 0
1<J.
A.m>3. B. m>2. C. m>1. D. m>0.
Loi gidi
2
Cau 52.(THPT Quéng Xwong 1-Thanh Hé6a) bat | = J.(me +1)dx (m la tham s6 thuc). Tim m dé
1
| =4.
A m=-1. B. m=-2. C. m=1. D.m=2.
Lo gidi

C4u 53.(THPT Chuyén Nguy&n Quang Diéu) C6 bao nhiéu gia tri cia a dé .[(ZX +5)dx=a—4
0

Al B. 0. C. 2. D. V6 so.

Lo gidi

2 io<x<
CAu 54.(THPT Chuyén Théi Binh) Cho ham s6 y=f (x)={>% M O<X<1 ‘2o tich phan
4—x Kkhil<x<2

A.Z. B. 1. C.§. D.§.
2 2 2
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\ N o L 2 kni 0<x<1
Céu 55.(THPT Chuyén Hiing Vwrong - Gia Lai) Cho ham s8 y = f (x)=4 x+1 . Tinh

2x-1 khi 1<x<3
3
tich phan [ f (x)dx.
0

A.6+In4. B.4+In4. C.6+In2. D.2+2In2.
Loi giai

Céu 56.(THPT Chuyén Lwong Thé Vinh) Cho ham s§ f () :%+9+2, véi a, b 1a cac s6 hiru ti
X* X
1
théa dieukién [ f (x)dx=2-3In2.Tinh T =a+b.
1
2
AT=-1 B.T=2. C.T=-2. D. T =0.
Loi giai
x4+ x+1 b
Ciu 57.(Chuyén Lé Hoéng Phong-2018) Biét J'—ldx=a+ln§ véi a, b 1a cic s6 nguyén.
X+

Tinh S =a—2b.
A S=-2. B.S=5. C.S=2. D. S =10.
Loi giai

% 3x% +5x—1 2
Cau 58.(THPT Nguyén Trii-Pa Ning) Gia sir rang I—zdx = aIn§+b. Khi dé, gia tri cda
X —
=0
a+2b la
A. 30. B. 60. C. 50. D. 40.

Lo giai
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1
Cau 59.(S¢ GD-DT Tra Vinh 2018) Biét IZX_S dx=a+Inb vé4i a, b la cac s6 thyc. Ménh dé nao
12X+
3
duéi day dung?
A. abzi. B.a+b:l. C. abzg. D.a+b:i.
81 24 8 10

Lo giai

2X+3
2—X
A 7. B. 7. C.5. D. 5.

1
Cau 60.Cho J. dx=aln2+b (a va b la cac s6 nguyén). Khi d6 gia tri ctia a la
0

Lo giai

1
Cau 61.(Chuyén Thai Binh-2018) Tinh | = [ ( 2X1 ot 3Jx ] dx.
+
0

A.2+In\/§. B. 4+In3. C.2+In3. D.1+In\/§.

Lo gidi

1

1 1 :

Cau 62.(THPT Tran Nhan Téng) Cho I(_l_—ZjdX =aln2+biIn3 véi a, b 1a cac s6 nguyén.
AXx+1 X+

Ménh dé nao dwéi day dung ?
A a+b=2. B.a—-2b=0. C.a+b=-2. D.a+2b=0.

Loi giai
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5
Cau 63.(THPT Ninh Giang-Hai Dwong) Biét rang j - 33 dx=aln5+bIn2(a,beZ). Ménh dé nao
1 X" +3X
sau day dung?
A a+2b=0. B. 2a—-b=0. C.a—b=0. D.a+b=0.

Lo giai

(x-1)°
x?+1

1
C4u 64.(THPT Lé& Quy Pbn-Ha Nbi) Tich phan | = j dx=alnb+c, trong dé a, b, ¢ 1a cac s6
0

nguyén. Tinh gia tri ctia biéu thirc a+b+c?
A 3. B. 0. C. 1. D. 2.

Lo gidi

1.3 2
C4u 65.(Tap Chi Toan Hoc s0 6) Biét ILXZJﬂdX:£+bIng (a,b>0) tim cac gia tri ctia k dé
5 X+ a
ab _ (k2+1)x+2017
dx < lim
) T x+2018
A k<O. B. k#0. C. k>0. D. keR.

Loi giai

3
Ciu 66.(S& GD & PT Can Tho) Néu _[2 2X+32 1dx=a|n5+b|n3+3|n2 (a,beQ) thi gia tri cta
> 2X° —3x+
P=2a-b Ila
A P=1. B.P=7. C.Pz—%. D.Pz%.

Lo giai
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Cu 67.(S& GD-DT Phii Tho) Cho ham s§ f (x) xac dinh trén R\{0} va théaman f'(x)=

f(1)=a, f(-2)=b.Gia tri cta biéu thirc f(-1)— f(2) bang
A.b-a. B.a+b. C. a—b. D. -a-b.

Lo gidi

1
Cau 68.(S& GD -DT Hau Giang) Tinh tich phan | = I 2d Xg
X —
0
A.I=£In£. B.Iz—llnl. C.I:llnz. D.1=In¥2.
6 2 6 2 6

Loi giai

X+8 x - A
5 dx=aln2+biIn5 véi a, b 1a cac s6 nguyén. Ménh

3
Cau 69.(THPT Hai Hau A-2018) Cho [ >
X"+ X—

2
dé nao sau diy dung?
A . a+b=3. B. a—2b=11. C.a—b=5. D.a+2b=11.

Loi giai
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w

dx

Céu 70.(THPT Chuyén Hing Vwong) Biét IW

0

=aln2+bIn5+cin7, (a,b,ceQ). Gia tri

ctia biéu thirc 2a+3b—c bang
A. 5. B. 4. C. 2. D. 3.
Lo giai

Mirc do 3. Van dung

2
C4u 71.(THPT Hong Linh-Ha Tinh) Tich phan Imin {X2 ,3X — 2} dx bang
0

A2 B. 2. c.2 p. L’
3 6 3 6

Ix+1-1

k
Cau 72.(Toan Hoc) Tim t4t ca cac gia tri thuc cia tham s6 k dé c6 I(Zx —1)dx =4lim
1

x—0 X
A. . B. . C. . D. .
k=2 =2 =2 k=2

Lo giai
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Céu 73.(THPT Doan Thwong-Hai Duong) Cho ham s§ y = f (x) lién tuc, luén dwong trén [0;3] va
3 3
théaman | = [ f (x)dx=4. Khi d6 gié tri cila tich phan K = (&' + 4)ax 1a;
0

0

A. 4+12. B.12+4e. C.3e+14. D.14+3e.
Lo gidi

0
Cau 74.(THPT Trin Qudc Tuin) Biét j(3+4sin2 x)dx =% 5 trong d6 a,b nguyén duong va
0

a .. ., .
™ toi gian. Tinh a+b+c.

A. 8. B. 16. C.12. D. 14.
Lo gidi

Céu 75.(THPT Chuyén Théi Binh) Cho F(x) la mdt nguyén ham ctia ham sé y=ﬁ voi
+5in 2x
- - , T 11z
VxeR\{—+kz,keZ,biét F(0)=1; F(7)=0.Tinh P=F| -— |-F| — |.
4 12 12
A P=2-43. B. P=0. C. Khéong ton tai P. D.P=1.

Lo giai
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4 2 _ _
C&u 76.(S¢ GD&BT Binh Phuéc) Biét ring | = [ X*i ax = 24y a, b, ¢ la s6 nguyén
3 X+ X— c
dwong. Tinh a+b+c.
A. 39. B. 27. C. 33. D. 41.
Lo gidi

8
Cau 77.(THPT D3ng Thic Hira-Nghé An) Biét ring [

dx =
> X+Xx—1 c
nguyén duwong. Tinh T =a+b+c.
A. 31. B. 29. © B D. 27.
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1 Jx+er

Cau 78.(THPT Chuyén Lwong Thé Vinh) Biét J E+ N dx=a+e’—e° véi a, b, ¢ 1a cac s6
] xe

nguyén. Tinh T =a+b+c.
AT=-3 B. T =3. C.T=-4. D. T =-5.

Loi giai

1
Céu 79.(Tap chi THTT-Thang 4) Cho ham s8 g(x) = J.mdt véi x>0.Dao ham cta g(x) 1a
_1-x

A g'(x)="—. B. g'(x)= e C.g'(x)=—. D. g'(x)=Inx.

Lo giai

C4au 80.(THPT Chuyén Hung Vwong) Xac dinh s6 thwe dwong m dé tich phan I(X— Xz)dx c6 gia

tri 1on nhat.
A. m=1. B.m=2. C. m=3. D.m=4

Loi giai
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Céu 81.(S¥ GD & PT Can Tho) Cho M, N 1a cac s6 thuc, xét ham s6 f (x)=M.sin7x+ N.cosnx

1

T

A 575\/5 5n\/§

. B. -
2

2
théaman f(1)=3 va .[ f (x)dx:—l.Gié tri clia f'(%) bang
0

C_7t2 n\/z
> .—2. o

2
Cau 82.(Chuyén Vinh Phiic-2018) Biét [ BoiR s B 61 8 b o cac s nguyen thuge
14X°-4x+1 a Db

khoang (—7;3) thi a va b 12 nghiém cta phwong trinh nao sau day?
A 2x*—x-1=0. B. X’ +4x-12=0.

Lo gidi

C. X*-5x+6=0. D. x*-9=0.

1
Céu 83.(THPT Can Ldc-2018) Biét ring ham s§ f(x)=ax’+bx+c théa man I
0

2 3
[f(x)ax=-2va [ f (x)dx=% (véi a, b, ceR). Tinh gia tri ca biéu thirc P=a+b+c.
0 0

AP=—:. B.P:—ﬂ. C.Pzi.
4 3 3
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Cau 84.(Chuyén Ngir Ha N$i-2018) Cho F(x) la mdt nguyén ham ciia ham s6 f (x)=[1+x|—[1-X
trén tap R vathoaméan F(1)=3.Tinhténg F(0)+F(2)+F(-3).
A. 8. B.12. C.14.

Lo giai

D. 10.

1

< . X ) N 7 ~N ~ 2 . 7

Céau 85.(SGD Bac Giang - 2018) Cho I—dx =a+b+2,vhi a, b 1a cac s6 hiru ti. Khi do,
\Vox? -1

13X+
3
gia tri cia a la:
28 B. 2 c. 2l D. -2
27 27 26 27

Mirc d6 4. Van dung cao
Cau 86.(THPT Thuan Thanh 2-Bic Ninh)C6 bao nhiéu gia tri nguyén dwong n théa min
2

I(l—nz F2X 43X +AX ot nx”‘l)dx =-27
0

Al B.2. C.0. D. 3.

Loi giai
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DANG 2. Phwrong Phép ddi bién loai 1.

1.Phwong phap.
Dé tich mot sé tich phan c6 dang.

x =|alsint te{—z;z}
@ +a?—x? Cach @it 2 2.

_x=|a|cost te[0; 7]

x:% te -g,ﬂ\{o‘i
|
@ Jx* -a’ Céch diit :
al 7
X=— tE[O,?T]\ —
cost 2
A x?>+a’ Céch dit x=|a|tant te —%,%j

2.Bai tap minh hoa.

LOBai tip 7. Tinh cac tich phan sau:

2 2
a). | :I\/5+4x—x2dx. b). | :Ix\/ZX—xzdx.
=

0

Lo gidi
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LLBai tap 8. Tinh céc tich phan sau:
1 ¢ dx
a).l:j _ 3olx. b).|=j—3.
X 0 \J(1+7)
Lo giai
[ABai tap 9. Tinh cac tich phan sau:
3
€ dx ¥ J9+2x2
a).lzj—z. b)|=j 2 4
1 XA/1+X 5 X
2
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LBai tAp 10. Tinh cac tich phan sau:
2 2 [2
dx X -1
a).l= [ —2X__ b).1 = dx.
! Xy/x% -1 '[ X’
B

3.C4u héi tric nghiém.

Mirc do 3. Van dung.

1
Cau 87. (THPT Kim Lién-HN) Tinh tich phan| =Iidx bang cach dit x=2sint. Ménh dé
o V4 — X2

nao dw¢i day dung?

i : z 1
A.|=2jdt. B.|=jdt. c.|=jdt. D.I:2Idt.
0 0 0 0

Loi giai
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|:|Tru11g Tam Luyén Thi Pai Hoc Amsterdam
2 2
Céu 88.(DHKH Hué) Trong mat phang toa dd Oxyz cho (E) c6 phwong trinh X—2+g— =1(a,b>0)
a

va duong tron (C): x*+y? =7. D& dién tich elip (E) gdp 7 lan dién tich hinh tron (C) khi dé.
A ab=77. B. ab = 49. C.ab=17. D.ab=7.
Lo gidi

Cau 90.(THPT Dirc Tho-Ha Tinh) Khi déi bién x =+/3tant, tich phan >
X"+
phan nao?
3 < 3 8 o
A1 = [adt. B. | = [=dt C. 1 = [t D. | = [=dt
0 0 3 0 Ot
Lo giai
Tel: 0935.660.880
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3
C4au 91.(Chuyén Lé Hong Phong -Nam Dinh) Gia tri chia J. 9—x’dx = %ﬂ' trong dé a, beZ va a
0
1a phan s6 t6i gidn. Tinh gia tri chia biéu thirc T =ab.
A T=35. B.T=24. C.T=12. D.T =36.

Lo giai

1
Céu 92.(THPT Ngoc Tao HN-2018) Biét rang _[\/4— x*dx = 2?7[ +a.Khido a bang:
-1

A2, B.1. C. 3. D.2.
Lo giai

1
Céu 93.(Chuyén Vinh Phiic-2018) D6i bién x = 2sint thi tich phin I o tré thanh
oNV4-— X2
A %d B }d c }dt D iéd
tdt tat. —. t
0 0 0 t 0
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DANG 3. Phwong Phap d3i bién loai 2.

1.D4u hiéu.
Khi ham f (x) 1a ham hop c6 dang tong quat f (x)=g [u (x)].u '(x). Mot s6 dang thuong gap:

. ) nose V0
® Can thic ,/f|u(x)|u'(Xx) hodc ———.
Conthe TG (ke o

@ Liy thira f"(x).f'(x)

A .. In"Xx
® Logarit :
X

2.Phwong phap.

bé tinh tich phan | = | f (x)dx néu f(x)=g [u (X)] u'(x), ta thwe hién phép d6i bién nhw sau:

D ey T

Bwéc 1. bat t =u(x) = dt =u’(x)dx. DS cén:

{x:a:t:u(a)

x=b=t=u(b)|
u(b) u(b)
Bwérc 2. Thay vaotacé || = .f g(t)dt=G(t)| |
u(a) u(a)

3.Bai tap minh hoa.

LABai tp 7. Tinh cac tich phan sau:

a). | :j'x\/Z—xzdx. b). | :ix (x2+4)3dx.

0
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LBai tAp 8. Tinh céc tich phan sau:

Ve 1 2
4x X
a). | = dx. b). 1 = [———dx.
o VX2 +1 ‘([\3/x3+19

LBai tAp 9. Tinh céc tich phan sau:
1 2
a). | :'|-x3\/2— X2 dX. b). | = J.\/x3 +1x°dXx.
0 0

Lo gidi
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H Trung Tam Luyén Thi Dai Hoc Amsterdam Chwong IIl-Bai 3. Tich Phan |:|

LABai tAp 10. Tinh céc tich phan sau:

3 X3 7 X3
a). I = dx b).1= | dx.
0 VX°+1 o Y1+ x?

LABai tdp 11. Tinh cac tich phan sau:

3 2 3 5 3
a).l:jX”dx. b).l:jx+2x dx.
0 X+1 0 X2+1
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LABai tAp 12. Tinh céc tich phan sau:

¢ !
a). | = [ ——=——dx b). | = dx.
£x0x2+9 !x 1+ x°

2y ¢ 4x-1
a). | = | ———dx. b). | = | ————dx.
) '!. ) £\/2x+1+2

Loi giai
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dx TX dx

QO
-
|
N Sy O
N
>
+
[BEN
+
S
>
I
H-
(&1

LABai tip 15. Tinh cac tich phan sau:

a) |—jﬂ b)I—s x2—9[1+ X jdx
' DX+ +L . Ny

Lo giai
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HT rung Tam Luyén Thi Dai Hoc Amsterdam Chwong IlI-Bai 3. Tich Pbé‘nﬂ

LBai tAp 16. Tinh cac tich phan sau:
: 3 : 2
a). | :Isin 2x(1+sin” x)"dx. b). 1 :J.sin xc0s X (1+cos x) dx.
0 0

Loi giai
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LABai tAp 17. Tinh cac tich phan sau:
2.sin 2x. 41-2sin’
a)_ | :Ide_ b) | :jmdx
5 1+COSX o 1+sin2x

LABai tap 18. Tinh cac tich phan sau:

0 o % qind
a) 1= [ gy b). 1= [ S0 X
e (2+sinx) 5 COS™ X

NN
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LOBai tap 19. Tinh cac tich phan sau:
3 . 3. )
sin 2x dx b). I = Sin 2X +Sin X ix.

'([\/COSZX+4Sin2X ' 5 V1+3cosx

Loi giai

a). | =
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¢ Inx ¢ Inx

a). | = d b). I = X
'1[x(lnx+2)2 !x(ln2x+1)

Lo giai
O Bai tip 21. Tinh cac tich phan sau:

e [ e 3/ 2

a). | :dex_ b). | :dexl
1 X 1

Lo giai
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LABai tAp 22. Tinh cac tich phan sau:
esin(Inx :
a) |=j¥dx. b).1=] COSSX_ v
1 5 SInX+1
Lo giai
LABai tAp 23. Tinh cac tich phan sau:
e 1
2). 1= 1905 X gy b).1 = [xe”dx.
1 X 0

Lo gidi
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Chuong IlI-Bai 3. Tich Phan |:|

LLBai tAp 24. Tinh cac tich phan sau:
7 g
a). | =Ie5'”xcos xdXx. b). 1 :Ies'” *sin 2x dx.
° :
Lo gidi
[Bai tap 25. Tinh cac tich phan sau:
In2 In5 2X
2). | = [ Ver ~1dx. b). | = | ———dx.
0 In2 \/ex -1
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4.Cau hoéi trac nghiém.

Loai 1. P6i bién ham can thirc.
1

4

C4iu 94.(THPT Kinh M6n 2-Hai Dwong) Két qua cha dx ban

qu 94.( g) Kétq ! N g

A 4. B. 5. C. 2. D. 3.

Lo gidi
©dx

C4u 95.(THPT Chuyén PH Vinh)Tich phan ban

du 95.( y )Tich p ! T PN

A2 B.>. ¢t D. 2

3 2 3 3
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Ciu 96.(THPT Tran Hung Pao) Tinh tich phin | = dx bang cach dit t=+1+3Inx,

j‘\/1+3ln X
T X

ménh dé nao dudi diy sai?

2 2
2
A =28 B.I:gjtdt. c.|=3jt2dt. D.1=24
9 h 3 31 9

, K In x
Cau 97. (THPT Chuyvén PH KHTN) Vé&i cich d6i bién U =+/1+3InXx thi tich phin | ———dx
' ( Y ) P !x\/1+3lnx
tr& thanh
27 2% 2 25u%-1
A. gj(uz —1)du. B. gj(uz —1)du . C. ZJ‘(u2 —1)du. D. —I du.
u
1 1 1 1

C4u 98.(THPT Ninh Giang) Tap hop nghiém cia bat phwong trinh I L dt>0 (an x) la:
0 \/tz +1

A, (—oo; +oo). B. (—oo;O). C. (—oo;+oo)\{0}. D. (O; +oo).

Loi giai
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C4u 99. (THPT Lé Quy P6n-Quing Tri) Cho biét I = m voi — la mot phén so toi gian.

5 A1+ x>
Tinh m—7n.

A 0. B. 1. C.2. D. 91.
Lo giai

5)
C4u 100. (THPT Nguyén Trii-Pa Nang) Tinh tich phin '[ % dwoc két qua | =aln3+bins.
1 XN/3X +
Giatri a®>+ab+3b? 1a
A 4. B. 5. C. 1. D. 0.

Lo gidi

Al =j(2t2—t)dt. B. I =
1

»—\'—.N
—
N
—

[N
+
N
—
—
o
—
o
Il
= S N
—_
N
—
N
|
N
—
~—~—
[oX
—+

D. | =j(t2—2t)dt.
1

a—b+c

dx = 3 ,trong d6 a, b, ¢ lacac

C4u 102. (THPT Chuyén Nguyén Quang Diéu) Biét I
1

sO0 nguyén dwongva c<4.Tinh gidtri S=a-+b+c.
A S=13. B. S =28. L5 =28, D. S=16.
Loi giai
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. e

Cau 103.(SGD Nam Dinh) Biét tich phan | ———
}[ 1++/e* +3

nguyén. Tinh T =a+b+c.

AT=-1. B.T =0. C.T=2. D.T=1.

dx=a+bIn2+cIn3, véi a, b, ¢ la cac s6

Loi giai

Cadu 104.(Chuyén KHTN -2018) Cho

nguyén. Gia tri cia a+b+c bang
A 1l B. 2. C.7. D. 9.

K In x
Ciu 105. (Chuyén KHTN) V&i cach doi bién U =+/1+3In X thi tich phAn | ————dx tré& thanh
' (Chuy ) P '!.x\/1+3lnx
2%/ 5 2%, 2 2221
A.gl(u —1)du. B.g‘l[(u —1)du. C. Zjl.(u —1)du. D.§! ' du.

Lo giai
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1
. xdx a X
Cau 106. (Chuyén Thai Binh) Biét | ———==— v¢i a, b la cac s6 nguyén dwong va phan thirc
‘([ V5x*+4 b

a .. ., g 12 g L 2
3 t6i gian. Tinh gid tri ctia biéu thitc T =a’ +b°.

A T=13. B.T =26. C.T =29. D.T =34.
Loi giai

Cau 107. (TH Tudi Tré) Gia st a,b,c 1a cic s6 nguyén théa man

2% +4x+1 13
22 = “dx ==|(au*+bu®+c)du, trong @6 u=+/2X+1.Tinh gidtri S=a+b+c.
! N2x+1 ZJ;( ) & g :

A S=3. B.S=0. C.S=1. D.S=2.
Loi giai

B %2 +1

Cau 108. (THPT NEWTON Ha Ngi-2018) Cho I
X

1

vaa,b,c,d, e lacacsd nguyén té. Gia tri cia biéu thitc a+b+c+d +e bang.
A.14. B.17. C. 10. D. 24.

Lo giai

dx=a—+b+In ¢ J:/_\/a véi c nguyén duong
e
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C4u 109. (THPT Yén Pinh) Bién d6i I dx thanh J. t)dt voi t=v1+x.Khidé f(t) 1a

e
ham s6 nao trong cadc ham sé sau day?
A f(t)=2t-2t. B. f(t)=t"+t. C. f(t)=2t+2t. D. f(t)=t*-t.

Lo giai

\/3+Inx a—b\@

C4u 110. (SGD Péng Thip) Cho I 3 véi a,b 1a cac s6 nguyén. Ménh dé nao
dudéi day dung ?
A.a—-2b=12. B. ab=24. C. a—b=10. D.a+b=10.

Lo gidi

7 3
Cau 111. (THPT Lé Qly Don -2018) Cho biét [ ——— dx =" v6i " 1a mot phan s6 t6i gién. Tinh

0 ’\3/1+ X2 n n
m-—7n

A 0. B. 1. C. 2. D. 91.
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3
Cau 112.(THPT Chuyén KHTN) Cho j :%+b In2+cIn3 védi a, b, ¢ la cacsé
0

X
TN T
nguyén. Gia tri cia a+b+c bang
A l. B. 2. C.7. D. 9.
Lo gidi

3
Cau 113.(THPT L& Quy Ddn-Quéng Tri) Cho [e’* _ X _ae?+be+c.Véia, b, ¢ 13 cic st
0

Jx+1
nguyén. Tinh S=a+b+c.
A S=1. B. S=2. C.S=0. D.S=4.
Lo giai

45,2
C4u 114.(THTT) Gia st a, b, ¢ 1a cac s6 nguyén thdéa man dex :%

o V2x+1

(au4 +bu? +c)du,

= C—

trong d6 U=+/2X+1.Tinh gidtri S=a+b+c.
A.S=3. B. S=0. C. S=1. D.S=2.
Lo giai
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dx

3+42x+1
Ménh dé nao sau day dung?
A a-b=3. B.a-b=5. C.a+b=5. D. a+b=3.

4
Cau 115. (THPT Lé Xoay-Vinh Phic) Cho tich phan | = I =a+b In% voi a,beZ.
0

Loi giai

5
, dx 1
Ciu 116. (THPT Son Tay-2018) Biét [ ——— —aJ3+by2+c+=In(3/2-3) véi a, b, ¢ I
!1+x+\/1+x2 2 ( )

cacsé htru ty. Tinh P=a+b+c.

Ap-1 B.P=-1. cp--1 D.P=2,
2 2 2
Lo gidi

2 2
Cau 117.(THPT Quang Xuong) Gi st | L X i = —(a a —%\Ej véi a,b,ceN;
1 X +

1<a,b,c <9. Tinh gia tri ctia biéu thirc C>.2

2a+c "

A. 165. B. 715. C. 5456. D. 35.
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Lo gidi

2
Cau 118. (THPT Phan Chéu Trinh)Biét | o =Ja-+b-+c véi a, b, c 1a cac s8
L XX+ 1+ (x+1)Vx
nguyén dwong. Tinh P=a+b+c.
A P=44, B.P=42. C. P=46. D. P=48.
Lo giai

2
Céu 119.(SGD Bic Ninh) Biét I[i/x—%+2#i8—%jdx:%%, véi a,b,c nguyén dwong, % toi
: X X X
gidnva c<a.Tinh S=a+b+c
A. S=51. B. S =67. C. S=39. D. S=75.

Loi giai
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21

d

C3u 121.(P# Chinh Thitc 2018 ) Cho j—x4=a|n 3+bIn5+cIn7 véi a,b,c 1a cic s8 hitu ti.
XA X+

Ménh dé nao dwéi day dung?
A a+b=-2c. B.a+b=c. C.a-b=-c. D.a-b=-2c.

Lo giai

2
Cau 122.(THPT Chuyén Trin Phii) Biét [————dx=a+bv2+¢cV35 véi a, b, ¢ 1a céc s6
13X +49x% -1

hitu ty, tinh P=a+2b+c-7.

A.—l. B.%. C. 2. D.g.
9 27 27

Loi giai
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m 2 2
J‘O Xe\/x +ldX _ 25°°.e\/”‘ +1 )

C4u 123.Tim tit ca cac gia tri dwong cua tham s6 m sao cho

A, m=2%02%0 _o B. m=+/2"% 41, C. m=2%0425° 2 D. m=+2"%_1.

Lo giai

Loai 2. D6i bién ham lwgng giac.

T

2
Cau 124. (THPT Ho6ng Quang-Hai Dwong) Tinh tich phin I=J.COS4XSin xdx bang cach dat
0

t =cosx, ménh dé nao duwdi day ding ?

Al :jt4dt. B. | :—Jl.t“dt. C. 1 :it“dt. D. | :j.tg’dt.
0 0 0 0

Loi giai

3
C4u 125. (THPT L& Quy Pon-Ha Noi) Tinh tich phan | = [ dx.
< cos® X
Al=2 B.1=3, Ci1=242 D=2
2 2 3 20 4
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C4u 126.(THPT Chuyén Lé Quy P6n) Tim khang dinh ding trong cac khang dinh sau

1 1 1 1

A. fsin (1-x)dx = jsin xdx . B. _[cos(l— x)dx = —Icos xdx .
0 0 0 0
. .

C. fcos—dx=J'cosxdx. D. Isin—dx:jsin Xdx.
0 2 0 0 2 0

Lo giai

A -1, B.O. C. 1. D.2.
Loi giai

. 3 3
Cu 128.(THPT Ding Thic Hira) Cho j f(2x+1)dx =12 va j f (sin” x)sin 2xdx =3. Tinh j f (x)dx.
0 0 0

A. 26. B. 22. C. 27. D. 15.
Loi giai
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4 s5in? x .
C4u 129.(SGD Pong Thap) Tinh tich phin | :Icos4 . dx bang cach dit u=tanx, ménh dé nao
0
dwéi day dung?
% 2 1 1 1
A I=_|'u2du. B I=j—2du C I:—juzdu. D I:qudu
0 0 u 0 0

Céau 130.(Toan hoc Tudi Tré) Cho tich phin J:OE cos2xcos4xdx = a+b+/3, trong d6 a,b 1a cac hing
3

s6 hiru ti. Tinh e* +log, |b| .

A -2. B. -3. C.%. D.0.

Céu 131.(THTT S6 3-486) Cho ham s8 f (x) lién tuc trén R thoa man f (tanx)=cos*x, VxeR.
1
Tinh | = [ f(x)dx.
0
A T2 B.1. .27 D.Z.
8 4 4

Lo giai
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3
C4u 132.(THPT Kinh Mon-Hai Duong) Cho | —5— dx=aln2+b, tinh S =a-+b-+c.
5 SIN“ X—=5sINX+6 c
A S=1. B.S=4. C.S=3. D.S=0.
Loi giai

Céu 133. (Chuyén KHTN-2018) C6 bao nhiéu gia tri ciia tham s§ m trong khoang (0;6n) théa
mén J~ sin x _ 1 ’
S5+4cos x 2
A.6 B.12. C. 8. D. 4.

Lo gidi
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x

Cau 134.(Trn Ky Phong) Cho f (X) lién tuc trén R théa Lgudx =4va [ f (sinx)cos xdx =2
X

X
3
.Tinh| = jo f (x)dx.
A. 1=10. B. | =6. C.l=4, D.1=2.

2
C4u 135.(S& GD-DT Phi Tho-2018) Cho j(4cos 2x+3sin2x)In(cos x+2sin x)dx =cIn 2 —%, trong
0

2,
b
AT=09. B.T =11, C.T=5. D.T=7.
Loi gidi

dé a, b, ceN’, — la phan s6 ti gian. Tinh T =a+b+c.
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Céu 136.(S& GD DT Can Tho) Nguyén ham F(x) cta hamsé f (x)=sin”2x.cos’ 2x thoa

A. F(x):—sin32x—isin52x+i. B. F(x)zlsin32x+isin52x—i.
15 10 15

C. F(x)=lsin32x—isin52x—i. D. F(x)zlsin32x+isin5 2x—i.
6 10 15 6 10 15

Lo giai

Céu 137. (S& GD-DT Thanh H6a) Cho ham s6 f (x) lién tuc trén R va théa man
2 1o f (VX L f(4x
.[cotx.f (sinzx)dx:J‘ ( )dx:l.Tinh tich phénj ( )dx
n 1 X 1 X
4 8
A 1=3 B|:§. C.l=2 DI=E.
2 2
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T

4
Cau 138, (S& GD-DT Thanh Héa) Cho [sin2xIn(tan x+1)dx =az+bIn2+c véi a, b, ¢ 1a céc s
0

hitu ti. Tinh T =—+%—C.

AT=2 B.T=4. C.T =6. D.T=-4.
Lo giai

Céu 139. (THPT Hong Linh Ha Tinh) Cho ham s6 f (x) lién tuc trén R théa man

1616 f \/; % 4
de:G va I f (sinx)cos xdx =3 . Tinh tich phan | :I f(x)dx.
Jx ; ;

1

Al=-2, B.1=6. C.1=9. D.1=2,
Loi giai

1
C4u 140. (Chuyén Thoai Ngoc H4u) Cho f 1a ham sd lién tuc thoa J f(x)dx=7.
0

2
Tinh | =Icos x.f (sinx)dx.
0

Al B.9. C. 3. D.7.
Lo giai
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cos(zrx3)

i
C4u 141. (Chuyén Ha Long-2018) Gia tri | = I X2 sin(ﬂxs)e dx gan bang s6 nao nhit trong
1

6
cac so sau day:
A. 0,046 B. 0,036. C. 0,037. D. 0,038.
Lo giai

Loai 4. D4&i bién mét s8 tich phan dic biét.

Cau 142.(Cum 5 Chuyén Pong Bang Séng ciru Long) Cho ham s8 y= f(x) lién tuc trén
[a,b]. Gid str ham s6 u=u(x) c6 dao ham lién tuc trén [a,b] va u(x)e[a, 8] Vxe[a,b], hon

nita f(u) lién tuc trén doan [«, B]. Ménh dé nao sau day la ding? x=a

b b u(b) b

A. ! f [u(x)]u’(x)dx=£ f (u)du. B. ) f [u(x)]u’(x)dx:£ f (u)du.
b u(b) b b

C. ! f [u(x)}u’(x)dx:u(a) f(u)du. D. ! i [u(x)]u’(x)dx=£ f(x)du.

Lo giai

Céu 143.(THPT Chuyén DHSP -Ha N&i) Cho s§ dwong a va ham s8 f(x) lién tuc trén R thoa
man f(x)+ f(-x)=a, VxeR. Gid tri ciia biéu thirc J. f (x)dx bang
A 23’ B.a. C. a%. D. 2a.

Lo giai
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5
Céu 144.(S& GD & DT Can Tho) Gid sit ham s§ y = f (x) lién tuc trén R va I f(x)dx=a, (aeR).
3
2
Tich phan | = [ f (2x+1)dx c6 gid trila
1

Al :%a+1. B. | =2a+1. C. I1=2a. D. | :%a.

Lo gidi

4 2
Céu 145.(THPT Chuyén Hiing Virong) Cho I f (x)dx=16. Tinh j f (2x)dx
0 0

A. 16. B. 4. C. 32. D. 8.
Lo gidi

1
C4u 146.(THPT Chuyén Lam Son) Cho ham s8 f (x) lién tuc trén R va théa man I f(x)dx=9.
s

2
Tinh tich phén [ f (1-3x)+9]dx.
0

A 27. B. 21. C.15. D. 75.
Lo giai
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11 2
Cau 148.Biét [ f (x)dx=18.Tinh I = [x(2+ f (3x* -1
-1 0

A | =5. B.1=7. C.1=8 D. | =10.

~

~—_
o
X

1
Céu 149.(THPT Chuyén Lirong Thé Vinh) Cho ham s§ y = f (x) lién tuc trén R va j f (2x)dx =8.
0

e
Tinh | = j xf (xz)dx
0
A 4. B. 16. C. 8. D. 32.

Lo giai

6
Cau 150.(THPT Trin Nhan Téng) Cho [ f (x)dx=12. Tinh | =
0

Oy N
—h
A
w
>
~—
o
>

A. | =6. B. 1 =36. C.l=2. D.1=4.
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et 4
Cau 151.(SGD Nam Binh) Biét [ f (In X)Zdx = 4. Tinh tich phan | = [ f(x)dx.
e X 1
A |=8. B. | =16. C.1=2. D. | =4.

2 5
Cau 152.(Chuyén Phan B9i Chau-2018) Cho [ f (x* +1)xdx =2.Khidé | = [ f (x)dx béng
1 2

A2, B.1. C. 1. D. 4.
Lo giai

Céu 153. (Chuyén Lam Son Thanh H6a) Cho ham s8 f (x) lién tuc trén R va thoa man
1 2
[ £ (x)dx=9.Tinh tich phan [ f (1-3x)+9]dx.
-5 0
A. 27. B. 21, C. 15. D. 75.

Lo gidi

A l=12, B.1=2. C.1=32. D.|=3.
Loi giai

2018
Céu 155. (THPT Chuyén Lé Quy D6n) Cho ham s§ f (x) lién tuc trén R thoa I f (x)dx =2. Khi
0
208
2 g A 2 3
dé tich phan ,([ A f (In(x +1))dx bang
A 4. B.1. C.2. D. 3.
Lo giai
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Céu 156.(Chuyén Bién Hoa - Ha Nam) Cho ham s8 y = f (x) lién tuc va c6 dao ham trén R thoéa
2 4

mén f(2)=-2; [ f (x)dx=1. Tinh tich phan | = [ f'(~/xJax.
0 0

A.1=-10. B. | =-5. C. 1 =0. D. | =-18.

Lo giai

11 2
Cau 157.(THPT Tran Phii Ha Tinh) Bit [ f (x)dx=18.Tinh | = [x(2+ f (3x* ~1))dx.
-1 0

A | =5. B.I1=7. C.1=8 D. | =10.

Lo gidi

Céu 158.(THPT Chuyén Théi Binh) Cho ham s f (x)=x"-4x*+2x* —-x+1,VxeR.
1
T1nhjf2(x) f'(x)dx
0
AZ. B. 2. c-2. D. -2.
3 3

Cau 159.(THPT Chuyén Vinh Phiic)Cho ham s8 f (x)=x*+4x°-3x* -x+1,xeR.

1
Tinh | = [ £2(x).f'(x)dx.
0

A 2. B. 2. L—=, D.

w|

Loi giai
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Céu 160.(THPT Chuyén Lé& Quy Don) Cho ham s§ f (x) lién tuc va nhén gia tri dwong trén [0;1].

¢ dx
Biét f (x).f (1-x)=1 vdi Vxe|0;1|. Tinh gid tri | =
(0)-f (1-%) 03] Tivhgid 1= s

A.§. B.l. C.1. D. 2.
2 2

Lo giai

Céu 161.(THPT Chuyén Bién Hoa) Cho ham s6 y = f (x) lién tuc va c6 dao ham trén R thoa man
2 4
f(2)=-2; [ f(x)dx=1.Tinh tich phan I = [ f'(x)dx.
0 0
A.1=-10. B.|=-5. C.1=0. D. | =-18.
Loi giai
Cau 162.(THPT Chuyén Hing Vuong) Gi it | (B L ¢ (Clihingst)
. uyen nun won w =— .
yen FEne THone x(x+1)(x+2)(x+3)+1  g(x) 8

Tinh téng cac nghiém cta phwong trinh g(x)=0.
A -1. B.1. C. 3. D. -3.
Lo giai
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Cau 163.(S& GD BT Can Tho) Cho [2x(3x—-2)" dx= A(3x—2)’+B(3x-2)"+C véi A, BeQ va
C eR. Gid tri cia biéu thirc 12A+7B bang

= B. 22 ¢ D. .
252 252 9 9

Lo gidi

1(x2+5x+6)ex ae

Cau 164.(THPT Trin Phii -Pa Ning) Biét | dx=ae-b-In2EC vsia, b, c 1acac
0

X

X+2+e"

s6 nguyén va e la co so caa logarit tw nhién. Tinh S =2a+b+c.
A. S=10. B. S=0. C. S=5. D.S=9.

Lo gidi

100
Cau 165.(Tap chi THTT) Gia tri ca tich phan j X(x—1)...(x—100)dx bang
0
A.0. B.1. C.100 . D. mot gia tri khac.

Lo giai
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X+1
Cau 166.(S& GD va DT Ha Nam-2018) Biét J.—I)dx—l [a+m) voi a, b, ¢ 1a cac so
3x° +xInx

nguyén duong va c<4.Téng a+b+c bang
A 6. B. 9. C.7. D. 8.
Loi giai

Cau 167.(S& GD & DT Can Tho) Biét | =Im—xdx=a|n 3+b (a,beQ). Ménh d& nao sau
» X(Inx+2) 2
day dang?
A a-b=1. B. 2a+b=1. C.a’+b*=4. D.a+2b=0.
Lo gidi

2018 |n(1+2*)

C4u 168.(S& GD-PT Binh Thuan-2018) Tinh tich phan | = j S S S
> (1+27)log,

A | :ln(1+22018)—|n2. B. | :|n2(1+22018)—|n’-’2.

C. 1 =|n2(1+22°18)—|n4. D. | :In2(1+2*2°18)—ln22.

Lo giai

Cau 169.(Chuyén Hung Vuong-2018) Cho | = J‘In4xdx c6 kétquadang | =Ina+b véi
1 x(Inx+ 2)
a>0, b eR.Khang dinh nao sau diy dung?
A. 2ab=-1. B. 2ab=1. C. —b+|ni=—1. D. b+|ni=1
2a 3 2a 3
Loi giai
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3
Cau 170.(THTT s6 5-488) Tim tit ca cac gia tri dwong cia m dé IX(S—X)m dx = —f”(—j, Vi
0

f(x)=Inx".
A.m=20. B. m=4. C. m=5. D. m=3.

x? +x)eX

1
Céu 171.(THPT Chuyén Thai Binh) Cho I(—dx =ae+bln(e+c)voia,b,ceZ.
0

X+e*

Tinh P=a+2b—c.
A P=1. B. P=-1. C.P=0. D.P=-2.

Loi giai

2x% +3x+3

- dx=a-Inb véi a, b 1a cac s6 nguyén dwong.
X" +2x+1

1
Cau 172.(THPT Chuyén Ha Tinh) Biét |
0

Tinh P =a?+b?.
A 13. B. 5. C. 4. D. 10.
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Lo gidi

Cau 173.(THPT Chuyén Ha Long) Biét I—Ildx=ln(ln a+b) véi a, b 1a cic s6 nguyén
x? +xIn x

dwong. Tinh P=a*+b’+ab.
A.10. B. 8. C.12. D. 6.

Lo gidi

C4u 174.(THPT Chuyén DH Vinh) Cho f (x) lién tuc trén R va théamin f(2)=16,
1

[ f(2x)dx=2. Tich phan j xf'(x)dx bing

o

A. 30. B. 28. C. 36. D. 16.
Lo gidi

1 2
Cau 175.(PHQG TPHCM) Cho ham s6 f (x) lién tuc trén R théa [ f(2x)dx=2 va [ f (6x)dx=14
0 0

2
.Tinh [ f(5x|+2)dx

-2
A. 30. B. 32. C. 34. D. 36.
Lo giai
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A 2.

Cau 177.(S& GD-DT Gia Lai-2018) Tinh | = |

a—Xx 2.4 N N
————dx (v6i a, b 1a cac s6 thuc dwong).

a(a+x)

A= B.l=—P_ c1- @)=Y b
a’+b a+b (a+b’)(a+1) a’ +b
Lon giai
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2 4
Cau 178.Cho ham s6 y = f (x) lién tuc trén [0;4] va [ f (x)dx=1; [f(x)dx=3.
0 0

1
Tinh [ f (|3x—1])dx
-1

A 4. B. 2. C.g. D. 1.

% 1,2
Céu 179.Cho ham f (x) lién tuc trén R thoa méan J. f(tanx)dx=3 va dex =1.
+
0

A 4. B. 2. C.5. D. 1.

Cau 180.Cho F (x)=[e"dt. Tinh F'(2).
0

A F'(2)=4e". B. F'(2)=8e". C. F'(2)=4e®. D. F'(2)=¢".

Loi giai

Céu 181.(Chuyén Vinh Phiic-2018) Cho f (x) va g(x) 1a hai ham sé lién tuc trén R .

Biét T[zf (x)+3g(x)]dx=16 va j[f (x)—-3g(x)]dx =—~1. Tinh i f (2x+1)dx.

-1

Al B.

N | o1

C. D. 5.

N |~
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Lo gidi

Céu 182.(THPT Can Ldc-Ha Tinh) Cho ham s§ y = f (x) c6 dao ham, lién tuc trén R va f(x)>0
’ 5 dx

khix e[0;5( . Biét f (x).f (5—x)=1, tinh tich phan | = :

0] . Biet 1 (x).1 (5-x) phin | = [/

A.|=§. B.|=§. C_|:§_ D. | =10.
4 g 2
Lo gidi
x+1

2
C4u 183.(Chuyén Ha Long-2018) Biét J- dx=In(Ina+b) véi a, b la cac s6 nguyén
1

x* +xIn x

dwong. Tinh P=a*+b’+ab.
A.10. B. 8. C.12. D. 6.

Lo gidi

1
Céu 184.(Chuyén Pai Hoc Vinh) Cho f (x)lién tuc trén R va théa man f(2)=16, I f(2x)dx=2.
0

2
Tich phan I xf'(x)dx bing ?
0

A. 30. B. 28. C. 36. D. 16.

Loi giai

178 | L6p Todn Thiy - Diép Tuén Tel: 0935.660.880



IT rung Tam Luyén Thi Dai Hoc Amsterdam Chwong IlI-Bai 3. Tich Pbé‘nl

L(x*+x)e”
C4u 185.(Chuyén Ha Tinh) Cho J‘—fxdx=a.e+bln(e+c) voia,b,ceZ.
. X+e

Tinh P=a+2b—c.
A P=1. B.P=-1. C. P=0. D.P=-2,
Lo giai
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DANG 4. Phwong Phap tirng phan.

1.Phwong phap chung.

Cho hai ham s u va v lién tuc trén [a;b] va c6 dao ham lién tuc trén [a;b]. Khi do:
b b b
J'udv:uv —J'vdu .

~11

bat biét: Dat u theo quy tic " nhdt log, nhi da, tam hrong, tif mii" .

2.Mot s6 bai todn co ban.

u=In[g(x)]

B
Bai toan 1. Tich phan tt han thudc d f(x)In X) dx . Dat .
1 ich phan tung phan thuoc anglj; ( ) [g( )]d a {dv: f(x)dx

LA Bai tdp 26. Tinh cac tich phan sau:

2 2
In x log x
)1 =[xy b). | = dx
[ [
Lo giai
LBai tAp 27. Tinh cac tich phan sau:
a). | :.[x5 In xdXx. b).1 :J.x3 In® xax.
1 1

Lo giai
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LABai tAp 28. Tinh cac tich phan sau:

a). | :j.ln(x2 —x)dx.

LABai tAp 29. Tinh céc tich phan sau:

T

3
a). | :Isin x.In(cos x) dx.
0
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u=f(x)
sin ax )
N , A " ) A 5 sin ax
Bai toan 2. Tich phan tirng phan thudc dang I f (x)| cosax dx. bt .
. o dv =| cosax |dx
e
eax
LBai tp 30. Tinh cac tich phan sau:
2 3
a). | =Ixcosxdx. b). | :Ixsin3 xdx.
0 0

Lo gidi
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LABai tp 31. Tinh cac tich phan sau:

i 3

a). | :Ix(l+sin 2x) dx. b). | :.[xtan2 XdX.
° :

Lo giai
LABai tap 32. Tinh cac tich phéan sau:

1 1 2,

2). | = [(x+1)e’dx. b).1 =[x
0 2 (x+2)
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LBai tip 33. Tinh cac tich phan sau:
1
a). | =[x’ dx. b).1=[(1-2x)’e"dx.
0

sin ax
e s . A " . £ Isinax _fu=
Bai toan 3. Tich phan tirng phan thudc dang je dx. bat cosax |.

COS ax
dv =e¥dx
[Bai tap 34. Tinh cac tich phan sau:
: -
a). | :Iexsin Xdx. b). | :Ies'”xsin 2xdx.
0 0

Lo giai
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HTrung Tam Luyén Thi Pai Hoc Amsterdam

Chwong IlI-Bai 3. Tich Phan H

LBai tp 35. Tinh cac tich phan sau:

T
a). | :'fezxsin2 xax.
0

b).l = E]' cos(In x)dx.

Lo giai
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Chuong IlI-Bai 3. Tich Phan H

C-BAI TAP REN LUYEN

Bai 34. Tinh cac tich phan sau:

N
2

a). | = I\/3—x2dx.
0

N
b). | =IX2\/4—X2dX.
-1

Lo giai

z
2 X2 1 L 2
a). 1= | dx. byt = [ Xy
0 1-x° NG X
2
Loi giai
Bai 36. Tinh cac tich phan sau:
1+2 1
1
a). 1= [ ——dx by. 1= [—%
1 X —2x+3 0(1+3X2)
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HTl'ung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

Bai 37. Tinh cac tich phan sau:

2 1 3\/x2+2x—3dx

a). 1= | dx. b). 1=

251 (X+1)x* +2x -8 1 (x+1)3

Lo gidi

Bai 38. Tinh cac tich phan sau:
F 3 L g 12
a). | = [ x*(1+x*) dx. b). I =|=|1+=| dx
> =R NECH
2
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H]‘rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan H

Bai 39. Tinh cac tich phan sau:

1 1
a). | :J.x3 VX% + 3dx. b). | =.|.x8 V1-x3dx.
0 0

Loi giai

;
3 x4+l T x3dx
a). | = dx b). | = .
;[\3/3x+1 ;[ 1+ x2
Lo giai
Bai 41. Tinh cac tich phan sau:
1 XZ 8 1
a) | =[—> dx b). | = [————dx.
!(x+1)\/x+1 !x«/lG—xz
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HTl'ung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

Bai 42. Tinh cac tich phan sau:
3 2
a). 1= 3X—_3dx. b). 1 = [ gy
-1

VX+1+X+3 T X+x2 -1

Bai 43. Tinh cac tich phan sau:
2 sin2x 2 C0S X +SiN X COS X
). | = j d b). | = j _ dx.
+ 1+cos X o 2+sinX

Lo giai
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’_L]'rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan H

Bai 44. Tinh cac tich phéan sau:

o I_Jz-sin2x+sinxdx b) I_i dx
o V1+3cosx = /sin® xcos® x
4
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HTl'ung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

Bai 45. Tinh céc tich phan sau:

a). | = ILInXdX
X
1

Loi giai
Bai 46. Tinh cac tich phan sau:
4 In(1+ \&) 2 -
a). | :I—dx. b). | = j(x+c052x)ex Iy,
L Xx+X )
Loi giai
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’_L]'rung Tam Luyén Thi Pai Hoc Amsterdam

Chuong IlI-Bai 3. Tich Phan H

Bai 47. Tinh cac tich phan sau:

4 etan X+2 In10 e
a). | =£de. b). | = .!4 (ex+2)mdx.

Lo giai

Bai 48. Tinh cac tich phan sau:
1
a). | = [In(1+x)dx
0
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HTl'ung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

Bai 49. Tinh céc tich phan sau:
1+In x+1
a). | = j

b). | =.|.xln2 xdx.
1

Loi giai

Bai 50. Tinh cac tich phan sau
- :
a). | = J(x+1)sm xdXx. b). | =IX_C—()3Sde
0 * SIn™ X
4
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H]‘rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan ’7

Bai 51. Tinh céc tich phan sau:
2 2 x+5in X
a). | :j(x+cosx)sin xdX. b). | = | ——dx.
! © COS” X

Lo giai

Bai 52. Tinh cac tich phan sau:

a). | :.1[(x2 —2x—1)edx. b). | :Jz'e3xsin5xdx.
0 0

4.Cau héi trac nghiém.

Mirc d6 1. Nhan biét.

2

c

b .
voia,b,ceZ.

Cau 186.(THPT Chuyén Théi Binh) Cho | = [ xIn xdx =
1

Tinh T=a+b+c.
A. 5. B. 3. C. 4. D.6.
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HTl'ung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

Lo gidi

1

Cau 188. (SGD Dong Théap) Tinh tich phan | = I(ZX +1)e*dx bdng cach dit u=2x+1, dv=e"dx.
0

Ménh dé nao sau déy dl’lng')

A1 =(2x+1)e" zjede B. | =(2x+1)e* 2de

C. | =(2x+1)e” de

Iezxdx D. | =(2x+1)e"

Mirc d6 2. Thong hiéu.
Cau 189.(Chuyén Lé Hong Phong) Biét Ixezxdx =axe™ +be” +C (a, be Q). Tinh tich ab.

A. ab:—l. B. abzl. C. ab:—l. D. abzl.
4 4 8 8

Lo giai
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H]‘rung Tam Luyén Thi Pai Hoc Amsterdam Chwong IlI-Bai 3. Tich Phdn ’7
Céu 190. (THTT S8 2-485) Cho ham s8 f (x) lién tuc trong doan [1;e], biét _[ )dx 1, f(e)=1
. Khi do | —If In xdx bang
A l=4. B. | =3. C.l=1. D.1=0
Loi giai
2
Cau 191.(THPT Hbng Quang-Hai Dwong) Tinh | = | xe* dx.
1
Al =¢". B. | =—¢%, C. 1 =3e°-2e. D.l=¢e.

Lo giai

Céu 192.(THPT Ninh Giang-Hai Dwong) Tim nguyén ham ctia ham s f (x)=xIn(x+2).

4In(x+2) X _4X+C.

X% + 4x
A. j dx——In(x+2) 2 +C. B. j
2 2 2 2
C._[f(x)dx:?In(x+2)—X Z4X+C. D_If(x)dxzxz_ |n(x+2)_x +4X+

Céu 193.(THPT Tran Hung Dao) Cho F(x)1a mét nguyén ham ctia ham s6 f (x)=(5x+1)e* va
F(0)=3. TinhF (1).
A F(1)=11e-3. B. F(1)=e+3. C.F(l)=e+7. D. F(1)=e+2.
Lo giai
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HTl'ung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

5)
Cau 194.(THPT T& Ky-Hai Dwong) Tinh tich phan | = I(x +1)In(x—3)dx?
4
A.10In2. B. 10|I‘12+g C. g—lO|n2 D. 10In2—§
4 4 4
Lo gidi

3
Cau 195.(THPT Mo Dtrc-Quing Ngii) Biét rang len xdx=mIn3+nIn2+ p, trong d6 m, n, p
2
€Q.Khid6sé m la

. B. 18. C. 9. 27.
2

Lo gidi

Céu 196.(THPT Ha Huy Tap-Ha Tinh) Nguyén ham ctia f (x)= LrInx

la
x.In x

1+Inx 1+Inx
I—d =In|inx|+C. j x=In|x’.Inx|+C.

x.In X X.In x

1+Inx 1+Inx
I x=In|x+Inx|+C. J' x=In|x.Inx/+C.
X.In x x.In x

Loi giai
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H]‘rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan H

2
C4u 198.(THPT Chuyén Lam Son) Biét IZX In(x+1)dx=a.lnb, véi a,be N, b 1a s§ nguyén t.
0

Tinh 6a+7b.
A. 33. B. 25. C. 42. D. 39.

Loi giai

Cau 199.(THPT Can Léc-Ha Tinh) Cho biét jxezxdx = %ezx (ax+b)+C, trong d6 a,beZ va C la

hang s6 bat ki. Ménh dé nao dwéi day 1a ddng.
A a+2b=0. B.b>a. C. ab. D. 2a+b=0.

Lo giai
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HTrung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

Céu 200.(THPT Chuyén Thai Binh) Cho ham s8 y = f (x) c6 dao ham lién tuc trén doan [0;5] va

5 B
f (5)=10, jxf’(x)dx:SO.Tinh If(x)dx.
0 0

A. 20. B. —30. C. —20. D. 70.

100

Cau 201.(SGD Ha Noi-Ian 11) Tich phan [ xe”dx bing
0

A —(199e2°° —1) . B. %(199e2°° —1) . C. %(199e2°° +1) D. %(199e2°° +1).

Lo giai

2
Cau 202.(THPT Luc Ngan-Bic Giang) Biét rang |In(x+1)dx=aln3+bIn2+c véi a, b, ¢ 12 cac s8
g g
1

nguyén. Tinh S=a+b+c
A.S=0. B.S=1. C.S=2. D.S=-2.
Lo giai
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H]‘rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan ’7

C4u 204.(THPT Chuyén Tran Phii) Tich phan j (3x+2)cos® xdx bang
0
2 3 2 1 2 2
A —7n°—-rm. B.—7n"+rx. C—-rn"+rm. D.—zn"-r.
4 4 4 4

Loi giai

2
Cau 205. Biét tich phan [(4x—-1)Inxdx=aln2+b véi a, beZ.Téng 2a+b bing
1
A.5. B. 8. C. A(L-21) D.13.

Loi giai

3
Cau 206.(THPT Thuin Thanh 2)Biét I 3+1n ); dx = atinb=inc voi a, b, ¢ la cac sd nguyén
1 (x+1)
dwong. Gia tri ctia biéu thirc P =a+b+c bang?
A 46. B. 35. C. 11. D. 48.

Loi giai
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HTrung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

Cau 207.(SGD Quang Nam )Biét jxcos 2xdx = axsin2x+bcos2x+C véi a, b 1a cac so6 hiru ti.
Tinh tich ab?

A, abzl. B. abzl. C. ab:—l. D. ab=—1.
8 4 8 4

Lo giai

IN

2
Cau 208.(THPT Bing Thiic Hita) Tinh tich phan 1 = [ xcos xdx.
0

B. Z+1. C. 1. D.Z.
2 2

Lo gidi

b
Céu 209. (Chuyén Qudc Hoc Hué) Cho a>b>-1. Tich phan | =Iln(x+1) dx bang biéu thirc nao
sau day?
A. 1 =(x+1)In(x+1) —a+b. B. | =(x+1)In(x+1)] ~b+a.
b b
G- D.1 =xIn(x+1) +[—=dx.
(x+1)], @ JIx+1
Lo gidi
Céu 300. (Tran Ky Phong Quing Nam) Cho tich phin J.(ZX —5)In xdx. Chon khing dinh ding?
1
Al :—(x2—5x)ln xE—j(x—S)dx. B. | :(x2—5x)ln x‘f+j(x—5)dx.
1 1
C. 1 :(x2—5x)ln xE—j(x—S)dx. D. | =(x-5)In xE—I(xZ—Sx)dx.
1 1

Lo gidi
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H]‘rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan H

2
C4u 301.(S& GD-BT Binh Thuin-2018) Tinh tich phan | = J-(2019 log, X+ %j x*dx .
n
1

A | =27, B. | =2%°, C. 1 =2%%, D. | =27,

Loi giai

Céu 302.(S& GD-BT Phii Tho) Cho ham s6 y = f (x) lién tuc trén doan [1;2] va

2 2
[(x=1) f'(x)dx=a. Tinh [ f (x)dx theo a va b= f (2).
1 1

A.b-a. B. a-b. C.a+hb. D. -a-b.

Loi giai

3
C&u 303. (S& GD-T H4u Giang) Biét | = [ (3+ ':)); dx=a(l+In3)-bIn2, (a,be Q).
Khi d6 a*+b’ bang
Aai+bt=L B.a?+b? =22, Cat+b? =2 D.a’+b? =3,
16 9 16 4
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1N

2
Céu 304. (THPT Lé Quiy Don Quang Tri) Cho ham s§ y = f (x) théa man J.Sin x.f (x)dx=f (0) =1.
0

2
Tinh | :Icosx.f’(x)dx )
0

A l=1 B. 1 =0. C.l=2. D. | =-1.

4 4 4 4
A= B.1=5. c | -1=3€ p =¥+
4 4 4 4

100

Cau 306.(S& GD-DT Ha N§i-2018) Tich phan [ xe*dx béing
0

A. —(199e2°° —1) . B. %(199e2°° —1) . C. %(199e2°° +1).D. %(199e2°° +1).

Lo giai
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H]‘rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan H

2 2 2
A1=2 B 1=2"2 c1-4+1 I
2 4 4
Lo gidl
2
C4u 308.(THPT Tran Phii-Ha Tinh) Biét tich phan I(4x—1) Inxdx=aln2+b véia,beZ.
1
Téng 2a+b bang
A.5. B. 8. C. A(L-21) D. 13.
Lo gidi

Mirc do 3. Van dung.

C4u 309.(Chuyén Lé Hong Phong) Biét IInTX dx=a+ve+b véi a,beZ. Tinh P=ab.
X
1

A P=4. B. P=-8. C.P=-4. D. P=8.

Loi giai

3
C4u 310.(THPT Dikc Tho-Ha Tinh) Biét jln(xS ~3x+2)dx=aln5+bIn2+c,véi a b,ceZ.
2

Tinh S=ab+c
A.S=60. B. S =-23. C. S=12. D.S=-2.

Lo giai
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HTl'ung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

C4u 311.(THPT Chuyén Lé Quy Dén) Cho cac s6 thuc a, b khiac khéng. Xét ham so6

1
f(x)= 2 - +bxe* véimoi x khac —1. Biét f'(0)=-22 va J. f (x)dx=5.Tinh a+b ?
0

A.19. B.7. C. 8. D. 10.
Lo gidi

Céu 312.(THPT Kinh Mén 2-Hai Dwong) Cho ham s f (x) lién tuctrén R va f (2)=16,
2 1

[ f(x)dx=4.Tinh tich phan I = [x.f'(2x)dx.

0 0

A | =13, B.|=12. C.1=20. D.1=7.
Lo giai
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H]‘rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan H

1
Céu 313. (THPT Thanh Mién 1-Hai Dwong) Cho biét tich phan | = I(x +2)In(x+1)dx=aln2+ %7
0
trong dé a, b la cic s6 nguyén dwong. Tim ménh dé ding trong cic ménh dé sau:
A a=b. B.a<b. C.a>b. D.a=b+3.

Lo giai.

1
Cau 314.(THTT s6 5-488) V&i moi s6 nguyén dwong n ta ki hiéu | = I X2 (1— X2)n dx.
0

; o
Tinh lim =,

n—+o0 In

Al B.2. C. 3. D. 5.
Lo giai
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Chwong IlI-Bai 3. Tich Phan H

T

2
.Tinh | :Icosx.f’(x)dx .
0

A l=1

2
Céu 315. (THPT Lé Quy Pén-Quéng Tri) Cho ham s8 y = f (x) théa méan J'sin x. f (x)dx
0

C&u 316.(PTNK-PHQG TP HCM) Cho ham s§ f (x)= {
1
Tich tich phan 1 = | f(x)dx

Loi giai
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Chuong IlI-Bai 3. Tich Phan ’7

5 2
Cau 317. (THPT Quynh Lwru 1 - Nghé An) Biét | ————~ dimar® BT i b e d
= V1+ X2 + X b ¢
6
cac sO0 nguyén. Tinh M =a—-b+c.
A M =35, B. M =41. C. M =-37. D. M =-35
Loi giai

Cau 318. (DHQG TPHCM ) Cho hai ham sé lién tuc f va g cé nguyén ham lanlwotla F va G

2

trén doan [1;2]. Biétrang F(1)=1, F(2)=4, G(l)=§, G(2)=2va I f (X)G(X)dx=i—;
1
2
Tinh IF(x)g(x)dx
1
Al B _ 1% c. - D. 1
12 12 12 12
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Céu 319. (THPT Tran Phii Da Nang) Chohamsé y = f (x) c6 dao ham va lién tyc trén {0; %} théa

% ( ﬂ' 7[
man f( J J'—dx 1va I[smx tan x.f (x) Jdx = 2. Tich phan jsmx f'(x)dx bing:

0

A 4. B. 2+3‘/_. ¢ L2 D. 6.
2 2
Lo gidi
i

Céau 320.(SGD Thanh Héa-nam) Cho J-sin 2xIn(tan X+1)dx =ar+blIn2+c véi a, b, ¢ lacacso
0

httuti. Tinh T =1+%—C.

a
AT=2. B.T=4. C.T=6. D.T=-4.
Lo giai
©x+Inx 1
Cau 321.(THPT Pang Thuc Hira-Nghé An) Cho | :J. ~dx=—In2-=véi a, b, m la cacsd
1 (x+1) b C
A T N Sy A Y S S (PR a+b
nguyén dwong va la phan so toi gian. Tinh gia tri cia biéu thirc S =——.
c
As=Z. B.S =2, cs=1. D.S=1.
3 6 2 3
Loi giai
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H]‘rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan H

3
C4u 322.(Chuyén Théi Binh) Biét j xIn(x* +16)dx =aln5+bIn 2 +% trong d6 a,b,c 1a cic s8
0

nguyén. Tinh gia tri cia biéu thirc T =a+b+c.
AT=2. B.T=-16. CT=-2. D.T=16.

Lo gidi

% _
Cau 323. (Chuyén Phan Boi Chau) Cho s6 hitu ty dwong m thda méan j X.Ccos mxdx = ”TZ
0

Hoi s6 m thudc khodng nao trong cac khoang duwédi day?

N A T T

Lo giai
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HTl'ung Tam Luyén Thi Dai Hoc Amsterdam Chirong I1I-Bai 3. Tich Phan H

1 2,
C4iu 324.(Chuyén Ha Long) Cho biét Iﬁdx = %.e+ c véi a, ¢ 1a cic so nguyén, b 1aso6
o (X+2

a PR
nguyén duwong va b la phéan s6 toi gian. Tinh a—b+c.

A 3. B. 0. C.2. D. -3.
Loi giai

2
C4u 325.(Chuyén Lam Son) Biét JZX In(x+1)dx=a.Inb, véi a,be N, b 1 s8 nguyén té.
0

Tinh 6a+7b.
A. 33. B. 25. C. 42. D. 39.
Loi giai

2
Céu 326.(Chuyén Lam Son) Biét IZX In(x+1)dx=a.Inb, véi a,be N", b 1a s8 nguyén td.
0

Tinh 6a+7b.
A. 33. B. 25. C. 42. D. 39.
Lo giai
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H]‘rung Tam Luyén Thi Dai Hoc Amsterdam Chwong Ill-Bai 3. Tich Phan H

1
C4u 327.(To4n Hoc Tudi Tré) V&i mdi s6 nguyén dwong n ta ki hiéu |, = J. X2 (1— x2)n dx.
0

) o
Tinh lim 2L,

n—+oo In

Al B. 2. C. 3. D. 5.

Lo giai

C4u 328.(THPT Tran Nhin Téng) Cho F(x) = % la mdt nguyén ham ctia ham s6 w
X X
Tinh j f'(x) In xdx bing:
1
2 _ a2 2 _ a2
A1=2"3 B.1=2"¢ B = D, =3¢
2e e e 2e

. t(x+1)e*
Cau 329.(THPT Tran Nhin Téng) Biét ring tich phan j (x+1) dx=ae*+b.Tinh T =a*-b?

o N2x+1
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AT-=1. B.T=2. C'ng' D.T =

Céu 330.(THPT Kinh Mén 2 - Hai Dwong ) Cho ham s8 f (x) lién tuctrén R va f(2)=16,

2 1
[ f(x)dx=4. Tinh tich phan I = [x.f'(2x)dx.
0 0

A | =13, B.1=12. C.1=20. D.1=7.
Loi giai

Cau 331. (P& Chinh Thirc 2018 ) Cho [(1+xInx)dx=ae’ +be+c véi a, b, ¢ 1a céc s6 hitu ty.
1
Ménh dé nao dwéi day dung?
A. a+b=c. B.a+b=-c. C.a-b=c. D.a-b=-—c.
Loi giai
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Cau 332.(Pé Chinh Thirc 2018) Cho I(2+xln x)dx = ae* +be+c véi a,b,cla cac s6 hiru ti. Ménh

dé nao sau diy dung?
A a+b=—c. B.a+b=c. C.a—b=c. D.a—b=-c.

Lo giai

Céu 333.(Mi dé 105-THQG 2018) Cho .[(1+ xInx)dx =ae® +be+c v&i a,b,c 1a cic s6 hira ti.
1
Ménh dé nao dwi diay dung?
A.a-b=-c. B.a-b=c. C.a+b=—c. D.a+b=c.

Loi giai

Mirc d6 4. Van dung cao.

Céu 334. (THPT Chuyén PH Vinh) Cho ham s6 y = f (x) c6 dao ham lién tuc trén doan [0;1] va

1 1 1
f(0)+ f (1)=0.Biét I fz(x)dx=%, I f’(x)cos(ﬁx)dx=%.T1’nh j f (x)dx.
0 0 0
A 1. B.i. C.E. D.3—ﬂ-.
s T 2

Loi giai
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Cau 335.(S& GD-BT Ninh Binh) Cho 1, = [tan" xdx véi neN.

Khido Iy +1,+2(1,+1;+..+1g)+ 1y +1,, bang

O, (tan x)' ° (tanx)"" L (tan x)' 1 (tanx)"™"
A —+C. B. > —+C. C. ) ——+C. D. —~—+C.
; r ,Z:;‘ r+1 rZ:;‘ r ,Z:;‘ r+1
Lo gidi
C4u 336.(Chuyén Ha Tinh 2018) Cho | = J(Zx—l)ezxdx . Tap hop tit ca cac gia tri clia tham s6 m
0

dé | <m la khoang (a;b). Tinh P=a-3Db.

A. P=-3. B. P=-2. C.P=-4. D. P=-1.

Loi giai

215 | Ldp Todn Thily - Digp Tudn Tel: 0935.660.880 |



IT rung Tdm Luyén Thi Pai Hoc Amsterdam  Chwong IlI-B3i 4. Ung Dung Tinh Dién Tich & Thé Tich I

BAI 4. UNE DUNG TiNH DIEN TICH-THE TICH

A.LY THUYET i
I. TINH DIEN TiCH HINH PHANG.

1. Dinh Ly: Cho ham s8 y = f (x) lién tuc, khong 4m trén doan [a;b]. A
Khi d6 dién tich S cda hinh thang cong gi&i han béi d6 thi ham so
y = f (x), truc hoanh va hai dwong thing x=a, x=b la

(@)

J1+Inx
X

AVi du 1. Tinh dién tich hinh phiang gi¢i han b&i cac dwong y = , truc Ox va hai duong

thang x=1, x=e.

Lo giai

2. Mot s6 bai ton tinh dién tich hinh phéang.
Bai todn 1. Cho ham s6 y = f (x) lién tuc trén doan [a;b]. Khi d6 dién tich S clia hinh phang

y=1f(x)
_ b
(D) giéi han bi db thi {TWCMOBMOX (Y=0) 1y g _ [ (x)]x|.
X=a a
Xx=b

" Nhan xét:
@ Vi ta chwa biét ham s8 y = f (x) trén doan [a;b] biét dwong hay 4m nén ta phai dang tri
tuyét doi.
®@ DE pha tri tuyét déi ta lam hai cAch nhw sau
|| cach 1:1ap bang xét du
+ Gidi phwong trinh f (x)=0 tim nghiém X, X,,...,X, €(a;b) (X <X, <..<X,).
+ Lap bang xét diu. Suy ra khoang dwong hoac 4m.
+ Dya trén khoang dwong (ddu +) hodc 4m (ddu —) dé mo ra tri tuyét doi.
Tinh S :le f (x)‘dx+J'X2 f(x)[dx+ ...+J'b f(x)[dx = jxl f (x)dx‘+...+ Ib dx f (x)‘
|| cach 2: khéng cin 1ap bang xét ddu
Ap dung truc tiép cong thirc

S =["f (x)|dx+["

f (x)|dx+...+.f:n|f (x)|dx =

J.: f (x)dx‘+...+

_[Xb dx f (x)‘ :

X=X,
@ Néu bai toan chwa cho can X = a;x =b thi ta giai phwong trinh f (x)=0<|..  timcan.

X=X

n
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[AVi du 2. Tinh dién tich hinh phéng gi¢i han béi cac dwong y =4—x*,y =0 va hai dwong thing
x=1 x=3.

Lo giai

EAVi du 3. Tinh dién tich hinh phang gi¢i han béi cac dwomng y = xe*, truc Ox va hai dwong thing
Xx=-1, Xx=2.

Lo giai

[AVi du 4. Tinh dién tich hinh phing gi¢i han b&i cac dwong y = xy/1+ X° , truc hoanh va dudng
thing x=1.

Lo gidd
Bai todn 2. Dién tich hinh phang gi¢i han béi hai d6 thi y = f (x);

y =9g(x) vahai dwong duong x=a; x=b 1a

s=J7] (x)-9 (x)ox §\\\\\\\\\\ﬁi
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EQVi du 5. Tinh dién tich hinh phing gi¢i han bdi cac duwdong y = —x*+4x va y = X.

Loi giai

EQVi du 6. Tinh dién tich hinh phing gi¢i han béi cac duong y = x> —6x*+9x va y = X.

Loi giai

II. Tinh thé tich khdi tron xoay
1. Tinh thé tich ctia vat thé
Pinh li. Cit mot vat thé C bdi hai mit phang (P) va (Q)vudng

goc véitruc Ox lan lwottai x=a, x=b (a<bh).

z

Mot mat phang bat ki vudng goéc véi Ox tai diém x (a<x<b)
cit C theo mot thiét dién c6 dién tich S(x). Gia st S(x) 1a ham
lién tuc trén doan [a;b].

‘3 7 "/ 1‘
Khi dé thé tich cia vat thé C gi¢i han béi hai mat phang (P) va ol

b v
(Q) dwoc tinh theo cong thire |V = _[S (x)dx
2. Tinh thé tich vay tron xoay

Bai toan 1. Tinh thé tich vat thé tron xoay khi quay mién D dwoc |
gi¢i han béi cac dwong y = f(x); y=0; x=a; x=b quanh truc 4

Ox dworc tinh theo cong thirc

b
V:ﬁJ.fZ(X)dX

Nhin xét: cong thirc nay 4p dung tinh thé tich gi¢i han bdi mot
duong cong y = f(x);

[AVi du 7. Cho hinh phéng (H ) gi¢i han béi cac dwong y=-x*+2x, y=0.

Tinh thé tich cia khéi tron xoay tao thanh khi quay hinh (H ) quanh truc hoanh.
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Lo gidi

CAVi du 8. Cho hinh phing (H) gi¢i han béi cac duong y=x*/Inx, truc hoanh va x=e. Tinh
thé tich cta khéi tron xoay tao thanh khi quay hinh (H ) quanh truc hoanh.

Loi giai

Bai to4n 2. Tinh thé tich vat thé tron xoay khi quay mién D dwoc
gi¢i han béi cacduwong y = f (x); y=9g(x); x=a; x=b voi
f(x).g(x)>0, vxe[a;b]quanh truc Ox dwoc tinh theo cong thirc

Y, :ﬁj)-[fz(x)—gz(x)]dx

Nhén xét: cong thirc nay ap dung tinh thé tich gi¢i han bdi hai
duong cong y = f (x);

[AVi du 9. Thé tich khéi tron xoay khi cho hinh phing gi¢i han b&i parapol (P): y = X* va duong
thang d: y = 2x quay xung quanh truc Ox bang:

Loi giai

[AVi du 10. Cho hinh phing (H) gi¢i han béi cac duong X*+y—-5=0 va X+y—3=0. Tinh thé
tich cia khéi tron xoay tao thanh khi quay hinh (H ) quanh truc hoanh.

Lo giai
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[AVi dy 11. Tinh thé tich khéi tron xoay dwoc tao béi phép quay quanh truc Ox hinh phang gidi
han bé&i cac dwong y=\/;; y=2-xvay=0.

Lo giai

[AVi dy 12. Thé tich khdi tron xoay sinh b&i hinh phiang gi¢i han béi do thi hai ham s6
y = X* = 2X,y = 4—x* khi né quanh quanh truc hoanh la:
Lo gii

Bai toan 3. Tinh thé tich vat thé tron xoay khi quay mién D dwoc Ay
gi¢i han béi cac duong x=g(y); y=a, y=b véi il B

b 1_:__'.:______“' -
quanh truc Oy dwoc tinh theo céng thirc |V = ﬂj g9 (y)dy \

\

2 \
Nhan xét: | /
® Cong thitc ndy ap dung tinh thé tich gi¢i han mét dwong cong i N
x=g(y) 0 ol
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@ Tinh thé tich vat thé tron xoay khi quay mién D dwoc gidi han N
b&i cac dwong x=f (y); x=9(y); y=a; y=b voi —— _?

f(y).9(y)=0, Vye[a;b]quanhtruc Oy dwoc tinh theo cong thirc AT B

V :zi[fz(y)—gz(y)]dy

[AVi du 13. Cho hinh phing (H ) gi¢i han boi cac dwong y =x* va 8x = y?. Tinh thé tich ctia khdi

tron xoay tao thanh khi quay hinh (H) quanh truc tung.

Lo giai

[QV{ du 14. Tinh thé tich hinh khéi do hinh phing giéi han béi cac dwong: X =-y* +5, x=3-y
quay quanh Oy.

Loi gidi

I11. 'ng dung vt ly.
Ta tim quang dwong, van toc va gia téc dwa vao so do sau:

Pao ham Pao ham
(1) e— v(1) )< al(r)
Nguyén ham Nguyén ham

Quang dudng ‘ Viin tée l \ Gia toc

CAVi du 15.(THPT Hai Ba Trung-Hué) Mot chat diém chuyén dong trén truc Ox véi van téc thay
d6i theo thoi gian v(t)=3t-6t (m/s). Tinh quing duong chit diém di dwoc tir thoi diém
t =0, t,=4(s).

A. 24. B. 8. C.12. D. 16.

Lo gidi
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EAV{ du 16.(THPT Lwrong Thé Vinh Pdng Nai) Mot 6 t6 dang chay véi tc dd 20(m/s) thi ngudi
1ai dap phanh, tir thoi diém d6 6 t6 chuyén dong chdm dan déu véi van toc v(t) =-5t+20(m/s),
trong d6 t 1a khodng thoi gian tinh bang gidy, ké tir Iic bit ddu dap phanh. Héi tir lic dap phanh
dén khi dirng hén, 6 t6 con di chuyén bao nhiéu mét (m)?
A. 20 m. B.30 m. C.10m. D. 40 m.
Lo giai

LAVi du 17.(S& GD va BT Huwng Yén) Mot vat chuyén dong véi van téc 10 m/ s thi ting toc vdi gia
, 1 s . ‘o
toc a(t)=2t+ gtz (m /s? ), trong dé t 1a khoadng thoi gian tinh bing gidy ké tir ldc bat dau ting

tdc. Hoi quang dudng vat di dwoc trong 12 giy ké tir ldc bat dau ting téc bang bao nhiéu mét?
A 1272 m. B. 456 m. C.1172m D.1372m .
Lo gidi

[AVi dy 18.(THPT Chuyén Bic Giang) M6t 6 td dang chay v&i van téc 20 m/s thi ngwdi 14i dap
phanh, tir thoi diém do, 6 t6 chuyén dong cham dan déu véi vén téc v(t) =—10t+20 (m/s), trong
do t1a khoang thoi gian tinh bang gidy, ké tir ltc bat dau dap phanh. Héi tir luc dap phanh dén khi

dirng han, 6 t6 con di chuyén bao nhiéu mét ?
A.5m. B. 20m. C. 40m. D.10m.

Lo giai

[AVi dy 19.(THPT Quynh Luu Nghé An) Mot 6 t6 dang chay véivan técla 12 (m/s) thi nguoi lai
dap phanh; tir thoi diém d6 6 t6 chuyén dong chdm dan déu v&i van tée v(t)=-6t+12 (m/s),
trong dé t 1a khodng thoi gian tinh bang gidy ké tir lic dap phanh. Hdi tir lic dap phanh dén ltuc 6
td dirng han, 6 to con di chuyén duoc bao nhiéu mét?
A. 8m. B. 12m. C. 15m. D. 10m.
Loi giai
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EAVi du 20.(THPT Chuyén Hung Yén) Mot tay dua dang diéu khién chiéc xe dua ctia minh véi van
t6c 180 km/h. Tay dua nhén ga dé vé dich ké tir do xe chay véi gia tc a(t)=2t+1 (m/s®). Hoi

rang 4s sau khi tay dua nh4n ga thi xe dua chay v&i van t6c bao nhiéu km/h
A. 200 km/h, B. 252 km/h. C. 288 km/h. D. 243 km/h.

Lo giai

B. PHAN DANG VA BAI TAP MINH HOA

DANG 1. Tinh dién tich hinh phéng gi6i han béi mot d6 thi hams§ y = f (x), truc hoanh (Ox) va
hai dwong thing x=a,x=b.

1.Phwong phap.
b o
Buéc @ : Ap dung cong thirc dién tichla |S = H f (x)|dx -

Buwéc @ : Dé pha tri tuyét déi ta lam hai cach sau:
* Cach 1. Dung bang xét dau (nhi thirc bac nhat, tam thirc bac

hai...) xét d4u biéu thirc f (x) tir d6 b6 d4u gia tri tuyét ddi. 5 =—e
% Cach 2. (Khéng dung bdng xét diu)

Néu hamsé f(x) gitt nguyén mot ddu trong doan [a;b] (hay J Ll bl
phuong trinh f (x)=0 v6 nghiém trén khoang (a;b)) thi dwa 3’() = e .

diu gia tri tuyét doi ra bén ngoai diu tich phan. 77

Ttcla |S = _Hf |dx_

f (x)dx

Néu phwong trinh f (x)=0 c6 cdc nghiém ¢, <¢, <..<C,
ndm trong khoang (a;b) thitach S thanh téng cac tich phan

trén cac doan.
Nghia la

:j'|f (x)|dx:T|f (x)|dx+T|f (x)|dx+...+.T|f (x)|dx.

Cq

Pic biét: Néu gia thiét khong cho cac cin a, b thi ta gidi tim nd bang cach gidi phwong trinh
hoanh do giao diém f (x)=0ta tim cac can cta tich phan.
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2.Bai tap minh hoa.

[LIBai tAp 1. Tinh dién tich hinh phing gi¢i han b&i cac duwong y =+/€* +1, truc hoanh va hai
duong thing x=In3, x=1In8.

Loi giai

[0Bai tap 2. Tinh dién tich hinh phing duoc giti han béi cac dwong y =e*In(3e* +1), truc hoanh

va cac dwong thang x=0, x=1In5.

Lo gidi

CQBai tip 3. Tinh dién tich hinh phang dwoc giéi han béi cac dwong y = X +cos® X, truc hoanh va

cac dudng thang x=0, x= %

Lo giai

CBai tap 4. Tinh dién tich hinh phang gi¢i han béi dwong y = x° —4|X| +3 va truc hoanh.
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Lo gidi

3.CAu héi tric nghiém.

Mrc d6 1. Nhan biét.

C4u 1.(THPT Chuyén Nguyén Quang Diéu 2019) Ky hiéu S 1a dién
tich hinh phang gi¢i han béi d thi ham s8 y = f (x) , truc hoanh,
duwong x=a, X =b ( nhw hinh v&). Khang dinh nao sau diy 1a dung?

A.S:if(x)dx. B.S= j dx+j
C. Sz—j‘f(x)dx+if(x)dx. D.S=If(x)dx+jf x)dx
a c E(‘rigiéi C

})

Céu 2.(THPT Kim Lién 2018) Cho d& thi ham s§ y = f(x) . Dién

1

C. S=—T f (x)dx+j£f(x)dx. D. S=If(x)dx+jf x) dx

tich S cua hinh phing (phan té den trong hinh vé&) dwogc tinh
theo cong thirc dwéi day?
0 4 4
A.S:'ff(x)dx—_[f(x)dx. B.S:J'f(x)dx.
-3 0 -3

Lo gidi

Cau 3.(THPT Nguyén T4t Thanh Yén B4i) Dién tich ctia hinh
phéng dwoc gi¢i han béi dd thi ham s y = f (), truc hoanh
va hai dwong thing x=a, x=b(a<b) (phan t6 ddm trong

hinh v€) tinh theo cﬁng thirc nao dwédi day ?

A S= I dx+j B.S:'fodx
C.S:—jf(x)dx+Jf(x)dx. D.S:if(x)dx.

(C):y=r(x) -

Lo gidi
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Cau 4.(S& GD & DT Ca Mau) Dién tich phan hinh phiang gach chéo 21" f=32-3
trong hinh vé bén duc’ri dworc tinh theo cong thirc nao sau day?
2 ]
AJ.(——X - X2 ——x 4jdx B.I(—1x4+x2+§x+1jdx. s
AN 2 1

2 2 1, , 3
Cj t_x? ——x 1 |dx. D.J' — X"+ X+ =x+4 |dx.
) L2 2

Loi giai

Ciu 5.(THPT Chuyén Hung Yén 2019) Cho ham s y = f (x) c6 Yl
do thi trén doan [—1;4] nhw hinh vé dudi day.

4
Tinh tich phan | = [ f (x)dx.

_u

C4u 6.(THPT Chuyén Thai Nguyén 2019) Dién tich hinh phiang gi¢i han béi d6 thi ham s6
y= x?—2x-8 va truc hoanh dwoc xac dinh theo cong thirc nao dud¢i day
2 4
A.Szj(x2—2x—8)dx. B. S:J.(xz—Zx—S)dx.
4 2

C.S:Z(—x2+2x+8)dx . D.S:j‘(8+2x—x2)dx )

-4

Lo giai
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Mirc d6 2. Thong hiéu.

Cau 7.(THPT Thi X4 Quang Tri 2019) Dién tich hinh phing gi¢i han b&i ba dwong y = X—_i,
X+

y=0, x=0 bang
A. -1+In3. B.1+In4. C. -1+In4. D.1+In2.

Loi giai

Cau 8.(THTT S6 4-487-2018) Goi S 1a dién tich hinh phiang gi¢i han b&i @6 thi ham s6

1 .
(H):y= X_l va cac truc toa do. Khi d6 gia tri clia S bing
X+

A.S=In2-1. B.S=2In2-1 C.S=2In2+1. D.S=In2+1.

Lo gidi

Céu 9.(THPT Tw nghia 2019) Tinh dién tich ctia hinh phing gi¢i han béi cac dwong y =(x+1)Inx
, truc hoanh va dwong thiang x=e.
2 2 2 2
e+5_ B.s_® +7_ . e+3_ e+9_
4 6 2 8

A S=
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Céu 10.(THPT Lé Xoay 2019)Goi S 1a dién tich hinh phang gi¢i han béi do thi ctia ham s8 (H):

X _1 2 7 ~ . 7 e . o Y
y= o va cac truc toa do. Khi do6 gia tri cia S bang
X+

A 2In2-1. B.In2+1. C.In2-1. D. 2In2+1.

Lo giai

Cau 11.(THPT Ngb Quyén Hai Phong 2019)Goi S 1a dién tich cta hinh phang gi¢i han béi do thi
(C) ctia ham s6 y=xy1+x®, truc hoanh, truc tung va dwong thang x=1. Biét S= av2+b
(a,beQ).Tinh a+b.

A.a+b==. B.a+b=%. C.a+b=%. D.a+b=0.

Lo giai

Cau 12.(THPT Chuyén Ngoai Ngtr HA N6i 2019) Tinh dién tich hinh phang gi¢i han b&i do thi
ham s6 y = xInx, truc Ox va dwong thang x=¢e?
2 2 2
As=4"1 B.s=213, BEE—= p.s=*1
4 4 2 2

2
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Mirc do 3. Van dung.
Céu 13.(THPT Chuyén Ha Tinh 2019)Cho (H ) Ia hinh phing

gi¢i han baéi y:\&, y=X-—2 va truc hoanh (hinh vé). Dién

tich ciia (H ) 1a phén bi gach chéo trong hinh vé sau 1a : 00 = v&
A. § B. E C.Z. D. E
3 3 3 3

Loi giai

Cau 14.(THPT Chuyén Vinh) Goi S 1a dién tich hinh phang gidi

han béi do6 thi ham s6 f (X):%X3—X2 —%X+l va truc hoanh

nhu hinh vé. Ménh d@ nao sau day sai? / %
1 3

A.S:If(x)dx—jf(x)dx. B.S=2If(x)dx_ 10 1W3
—ll 1 31
C.S=2[ f(x)dx. D. S = [|f (x)]dx.
1 -1
Lori gidi
C4u 15.(Chuyén Vinh 2019)Goi S 1a dién tich hinh phang gidi .
han béi do thi ham s§ f (x)=4x-x® va truc hoanh nhw hinh Y
vé. Ménh dé nao sau day dung?
2 0 -2 x
A.S=jf(x)dx. B.S=2J'f(x)dx. 0 AN
_2—2 O2 2
C.S =2 f(x)dx. D. S = [ f(x)-]f(x)dx.
0 -2 0
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Cau 16.(THPT Nguyén Hué Hué) Dién tich phan hinh phing
gach chéo trong hinh vé sau dwgc tinh theo céng thirc nao uA
dwéi day?
0 2 3 2
=x’-z -2x
A.I(x3—x2—2x)dx+.f(x3—x2—2x)dx. /y
| 0 i \O 2 >
0 0
B. J.(—x3 +x° +2x) dX-I-J.(—Xs-l-XZ +2x) dx.
-1 2
0 0
C. j(x3 —x° —2x)dx+.|‘(x3—x2 —2x) dx.
-1 2
-1 0
D. j(—x3 + X7 + 2 ) dx + J‘(—x3 +X* +2x)dx.
0 2
Lo giai
Ciu 17.(THPT Thing Long 2019) Hinh phing gi¢i han boi db [
thi ham s8 y = f (X) va truc hoanh gbm hai phan, phan ndm T [
8 . s 24
phia trén truc hoanh c6 dién tich S =3 va phan nam phia /
N N 5 Si\|
dwéi truc hoanh cé dién tich S, =E(tham khdo hinh vé : : J :
0 {{'2 O ].
bén). Tinh | = [ f (3x+1)dx. /“
-1 ol
5 3 37 27 ]/
Al=— B.l=— C.l==—. D.l==—
3 4 36 4
Loi giai
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Ciu 18.(S& GD va Pao Tao Nam DPinh 2019) Cho ham s6
y = f(X) lién tuc trén R va c6 d6 thi nhw hinh vé sau.

4
Gi4 tri cflaj f (x)dx bang
D. 10. /

-4
A 4, B. 8. C.12.
Loi giai

Mirc d6 3. Van dung cao.

Céu 19.(THPT Kim Lién 2019) Cho ham s8 y = f (x) lién tuc trén R

va c6 d6 thi nhw hinh vé dwéi day. Biét dién tich hai phan Ava B lan
3
2

lrotla 20 va 8 tinn [ f(2x+1)dx.

3 4 bl
23 g 23 -2 .
12

A —. .
12 24

Cau 20.(THPT Chuyén Bic Giang 2019) Cho ham s6 y = f (x) c6 dd
thi nhw hinh vé va dién tich hai phan A, B lan lwgt biang 12 va 2.

2

5
Gidtricua | = j f (5X+3)dX bang.
e

A. 50. B. % . C.14.

D.2.

»Y
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Lo gidi

Cau 21. (THPT Gia Loc 2019) Goi S 1a dién tich hinh phing gi¢i han b&i @6 thi ham s6

2
y= X :ZLX , dwong thang y = x—1 va cac duwong thang x=m, x=2m (m>1). Tim gid tri cia m
sao cho S=In3.
A.m=5. B.m=2. C.m=4. D. m=3.
Lo gidi

Cau 22.(THPT Chuyén Lam Son 2019) Dién tich hinh phang gi¢i han b&i cac do thi ham sd
y:ﬂ; X=-2; X=2 vatruc hoanh la
X+5
A. 15In10-10In5. B. 10In5-5In21. C. 5In21—In5. D. 121In5-5In21.

Lo giai

C4u 23.(S& GD va BT Can Tho 2019) Cho ham s6
y=ax’+bx’+cx+d véia,b,c,d eR.Goi S, S, 1adién tich cac
phan té6 ddm nhw hinh bén dwéi. Ménh dé nao sau day la dang?

A sl.sz=%. B.S,+S,=4. C. sl—sz=§. D.%:Z.
2

Lo gidi
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Ciu 24.(Sé GD va Pao Tao Hung Yén 2019) Cho ham so
y = f(x) c6 dao ham lién tuc trén [-1;2]. D6 thi ctia ham s8

y = f'(x) dwoc cho nhuw hinh vé. Dién tich cac hinh phing

(K). (M) lanlugtla > va 2. Bidt f(~1)= . tinh 1(2).

A f(2)=%. B. f(2):—§.
c f(2):§ D. f(2)=2
Lo gii

Cau 25.(THPT Chuyén Huynh M4n Pat 2019) Cho ham s6 y = f (x) R N
c6 dd thi y= f'(X) cit truc Ox tai ba diém c6 hoanh d6 a<b<c I“'\I‘ f,// ‘K‘.
nhu hinh vé&. Ménh dé nao dwéi day ding? Ao/ |
A.f(c)>f(a)>f(b). B.f(c)>f(b)>f(a). AV
C.f(a)>f(b)>f(c). D.f(b)>f(a)>f(c).
Lo giai
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Cau 26.(THPT Thuan Thanh 2019) Cho hams§ y = f (x) c6 dao ham % o
lién tuc trén R, d6 thi ham y = f'(x) nhw hinh vé dw6i day. Khang /\ /
dinh nao trong cac phwong dn A,B,C,D dwéi day la ding? Y
A f(2)>f(-1)>f(0). B.f(0)>f(-1)>f(2). -
C. f(0)>f(2)>f(-1). D.f(-1)>f(0)>f(2). ’
Lo giai
Cau 27.(THPT Nghia Hung 2019) Cho ham s§ y = f (x) c6 dao ham
lién tuc trén R. Ham s6 y = f'(x) c6 db thi nhw hinh v& bén duéi: :
S6 nghiém thudc doan [-2;6] ctia phwong trinh f (x)= f (0) 1a ol T AT e
A. 5. B.2. C. 3. D. 4. I =2

Lo gidi
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Céu 28.(THPT Tran Ky Phong-2018) Cho ham s6 y = f (x) c6 dao
ham f’(x) lién tuc trén R va d6 thi ham s6 y = f'(x) trén doan

[-2;6] nhu hinh v&. Tim khing dinh dung.

Cau 29.(THPT M¢ Pirc Quang Ngii 2018) Trong hé truc toa do Oxy,
cho parabol (P):y=x* va hai dwong thing y=a, y=b (0<a<b)
(hinh v&). Goi S, la dién tich hinh phang gi¢i han bai parabol (P)

va duong thang y =a (phin td den); (S,) la dién tich hinh phdng
gidi han béi parabol (P) va duong thing y=b (phan gach chéo).

Vi diéu kién nao sau day ctia a va b thi S, =S,?

A. b=3¥4a. B.b=23/2a. C.b=3%3a.
Loi gidi
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DANG 2. Tinh dién tich hinh phéng gi6i han béi hai d6 thi hams§ y = f (x), y=g(x) va hai
duwdng thang x=a,x=h.

1.Phwong phap.
(C):y=f(x) |
Pé tinh dién tich gioi han boi |(1) ;C)a =8 ta tién e
x=b
hanh hai budc:
Buéc @ : Ap dung coéng thirc dién tich can tinh 13 5 >

S :j.|f (x)—g(x)|dx.

Buwéc @ : Pha tri tuyét d6i nhw dang 1.

2.Bai tap minh hoa.

' 2x+1 . .
[ABai tdp 5. Chohamsd y = 1 c6 d6 thi (C). Tinh dién tich hinh phang giéi han béi cac truc
+

tung, truc hoanh va do thi (C).

Lo giai

[CDBai t4p 6. Cho ham s§ y =X —2x+2 c6 do thi (C). Tinh dién tich hinh phing gi6i han b&i do
thi (C), tiép tuyén cta (C) tai di€ém c6 hoanh do bing 3 va truc tung.

Lo gidi
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[LIBai tAp 7. Tinh dién tich hinh phang gi¢i han b&i cac duong y = In_ZX va y= ( mill X)2
X X+2

Loi giai

[L1Bai tp 8. Tinh dién tich hinh phang gi¢i han bdi cic duong y =1+xe* va y=x+e”.

Lo gidi

LABai tAp 9. Tinh dién tich hinh phang gi¢i han b&i cac dwong y=e* +x, x—y+1=0 va x=In5.

Loi giai
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[ABai tap 10. Tinh dién tich hinh phang gi¢i han béi duwong cong y =(x—1)v/x+1 va dudng
thang y=x+1

Loi giai

[OBai tap 11. Tinh dién tich hinh phang giéi han béi cac dwong y = xv/x* —16 va y = 3x* —12x.

Loi giai
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LABai tdp 12. Tinh dién tich hinh phing gi¢i han bdi cdc dudng y =sin2x, y =cos X va hai dwong

thang x=0, X:%.

Loi giai

[Bai t4p 13. Tinh dién tich hinh phing gi¢i han béi cac dwong y = 2%, y = —x* +2x va hai duong
thing x=0, x=2.

Lo gidi

[LBai tap 14. Tinh dién tich hinh phang gi¢i han béi dudng cong y = ‘Xz —3X+ 2‘ va dwong thang

y=X+2.

Lo giai
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4.Cau héi tric nghiém.

Mirc d6 1. Nhan biét.
Cau 30.(THPT Thj X4 Quéang Tri) Cho ham s8y = f (x) va T —

i /_
i/ =fix)

y =9(X) c6 do thi giao nhau tai hai diém phan biét c6
hoanh do a va b. Goi (H)la hinh phang dwoc gi¢i han béi

d6 thi hai ham so6 nay (phdn t6 dim & hinh vé).
Dién tich ctia (H ) duoc tinh theo cong thirc

AS :T[f (x)—g(x) dx. B. S :T[g(x)— f (x) dx.
C.S:i[f(x)+g(x)]dx. D.S:—i[f(x)+g(x)]dx.

Cau 31.(S& GD va BT Quang Binh 2019) Tinh dién tich hinh phang gi¢i han béi d6 thi cAc ham sé
y=2x"+x+1lva y=x"+3

A —. B. g C. 4. D.2.

Loi giai

Cau 32.(THPT Kinh Mén 2019) Tinh dién tich hinh phang gi¢i han béi do thi hai ham s
y=-X"+4 va y=-X+2?

A2 B.O. c2 D. 9.
7 3 2

Lo gidi
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Cau 33.(THPT Kim Lién 2019) Tinh dién tich hinh phang gi¢i han bé&i dd thi ham s6 y=x*+1 va
duong thing y=x+3.

Al B.L2. ¢l D. L.
2 3 3 2

Lo gidi

Cau 34.(THPT Kim Lién 2017) Tinh dién tich hinh phang gi¢i han béi hai d6 thi ham s6 y = NDT
y =6—X va truc hoanh.

A2 B. 18 C.2. D. 23,
3 3 3
Lo giai

Cau 35. (THPT Chuyén Quéc Hoc Hué) Tinh dién tich S cta hinh phang (H) gi¢i han bai cac
duwong cong y=—x’+12x va y=—x".

as=20 B.5- 22 cs="2 p.s-2"
12 12 4 4

Loi giai

Ciu 36.(S6 GD & PT Nam Dinh 2019)
Hinh phéng gi¢i han béi cac dwdmng cong y = x(1-x) va y =x’>—x c6 dién tich bing

a3l B. 2. c.2. p.2.
12 12 3 4
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Lo gidi

Céau 37.(THPT Lé Qiy P6n Quéing Ngii 2019) Dién tich phan to
dam trong hinh bén dwgc tinh theo cdng thirc nao trong cac
cong thirc sau?

A j(—x3+3x2—2x)dx. B.
0

(x3 —3x%° +2x)dx.

Ot Oty

2
C. I(—x3+3x2—2x)dx. D. (x3—3x2+2x)dx.
0
Lo giai
Cau 38.(KHTN Ha Noi 2019) Goi (H ) 13 phan hinh phéng gach

chéo trong hinh vé dwéi ddy dwoc gidi han béi do thi clia cac
ham s6 Yy =3x*, y =4—x va truc hoanh.
Dién tich ctia (H ) 13 bing bao nhiéu?

A B.2. .2 D. L
2 2 2 2
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Cau 39.(S& GD & DT Séc Trang 2018) Tinh dién tich hinh ’
phang tao thanh béi parabol y = X%, duong thang y=—x+2

va truc hoanh trén doan [0;2] (phan gach soc trong hinh)

3 5 2 7
A —. B. —. C. —. D. —.
5 6 3 6 S~ / x

Lo gidi

Cau 40.(THPT Chuyén Ha Long 2018) Tinh dién tich hinh phang gi¢i han béi cdc dwong thang
X=4,x=9 va dudng cong c6 phwong trinh y* =8x.

A.%. B.%. C. 76+/2. D.%.

Lo gidi

Cau 41.(S& GD va DT Lang Son 2019) Dién tich mién phang gi¢i han béi parabol y = X? va

dwong tron c6 tdm tai goc toa do, ban kinh 242 thudc khoang nao sau day.
A. 56 . B. (4;5). C. (7;8). D. (6;7).

Loi giai

Céu 42.(THPT Son T4y 2018) Cho (H ) 13 hinh phang gi¢i han
! A

b&i dwong cong y =./x va ntra dudng tron cé phwong trinh °
y=v4x-x* (véi 0<x<4) (phan t6 dam trong hinh v&).
Dién tich ctia (H ) béng 1_

: -

A 47 +15ﬁ. g 87 9J§. c 10z 93 ~p 1oz 15(3 O B 4
24 6 6 6
Lo giai
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Cau 43.(Cum Trin Kim Hung Phii Yén 2019) Cho (H ) 1a hinh

phang gi¢i han béi parabol y = \/& , cung tron c6 phwong trinh "
y=+8-x2 (véi 0<x <242 va truc hoanh (phin to dam trong
hinh vé). Tinh dién tich ( H ) tinh b&i cong thirc nao

2 2 242

A. I@—\/S—xz dx. B. I\/ﬁdx+ J' \8—x%dx.
242 2

C. J. (/2x —\8—x?)dx. D. '[(\/ﬁ—\/S—xz)dx.

Lo giai
Cau 44.(THPT Kinh M6n 2018) Cho hinh phang dwoc gi¢i han béi y
cac duomg y=4-x>, y=2, y=x cédiéntichla S=a+b.r. 8
Chon két qua ddng: /72 ]
A-a>1,b>1. B.at+b<l. Ca+20=3. D.a’+db?>5. /7
3 2| -1 /1901 2 3 =z

Loi giai
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Céu 45.(D& tham khao BGD 2018) Cho (H ) 14 hinh phing gi6i han v
b&i parabol y = V3%, cung tron c6 phuong trinh y=+/4—x* (véi 2

0<x<2) va truc hoanh (phan t6 dam trong hinh vé). Dién tich
cta (H) bang
4z ++3 4r—\3 | 4z+23-3 53 -2z
A. 5 B. 5 C.T. D'T' 0 7 x

Lo gidi

Cau 46.(THPT Ping Thic Hira 2018) Tinh dién tich hinh phing y
gi¢i han béi nira dwong tron y=+/2—x* va duong thing d di
qua hai diém A(—2;0) va B(L1) ( phén t6 dim nhu hinh vé)

A 7”5‘/5. B. 3“42‘/5. C. ”‘jﬁ. D. —3”_4”5. '

Loi giai
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Ciu 47.(THPT Thach Thanh 2019) Dién tich phan hinh
phang gach chéo trong hinh vé duoc tinh theo cong thitc
nao dwéi day?
2 2
A j(2x2—2x—4)dx. B. j(—2x+2)dx.
2 B
C. J(Zx—Z)dx. D. j(—2x2+2x+4)dx
-1 -1
Lo gidi
Cau 48.(Pang Thanh Nam)Dién tich hinh phang gi¢i han béi parabol 4 \
y = (x—2)?, dwong cong Yy =X’ va truc hoanh bang (phan té6 dam trong A
hinh vé bén) A
Al B. 13 c L. D.> /o
2 12 12 2 y
/(J 2 X

Loi giai
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Céu 49.(THPT Chuyén Lé Thanh Téng 2019) Cho hinh phdng (H ) gi¢i han b&i cac duong y=x ;
y:\/; ; X=5. Thé tich khdi tron xoay dwoc tao thanh khi quay hinh phang (H) xung quanh
trucOx la

A.V=7rj.(X—X2)dX
0

B.V=7rﬁ(x—x2)dx+j(x2—x)dx}

C.V:ﬂi(xz—x)dx D.V:n'sf(xz—x)dx
0 1

Lo giai

Cau 50.(S& GD va DT ba Nang 2019)
Cho dd thi haiham s y=x*-3x*+Xx+3 va y=—x*+2x+1

nhu hinh sau. Dién tich phan hinh phang dwgc gach soc tinh !
theo cong thirc nao dwéi day?

A. j.(xs—sz —x+2)dx+.2[(—x3+2x2 +x—2)dx.
] 1

B. i(x3—2x2—x+2) dx.
a
C. j(—x3+2x2+x—2)dx+J2.(x3—2x2—x+2)dx.

1

-1
2

D. _[(—x3+2x2 +x—2)dx.

-1

Lo gidi
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Cau 51.(Chuyén Pai Hoc Sw Pham Ha N6i 2018) Cho s6 dwong a théa man hinh phang gi¢i han
b&i cac duwdng parabol y=ax*—2 va y=4-2ax? c6 dién tich bang 16. Gia tri clia abang

A 2. B.l. C.l. D. 1.
4 2

Lo gidi

Cau 52.(THPT T4y Thuy Anh Thai Binh 2018) Tim a d€ dién tich S cta hinh phang gi¢i han boi
(P):y= X _ix, duongthing d:y=x-1va x=a, x=2a (a>1) bang In3?

A a=1. B. a=4. C.a=3. D.a=2.

Lo gidi
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Cau 53.(Chuyén Dai Hoc Vinh) Goi S 1a dién tich hinh phang
gi¢i han béi do thi ctia hai ham s§ f (x)=x>-12x va g(x)=x?

. Ménh dé nao sau day sai?

AS :j:‘f (x)—g(x)[dx.

B. S :j;[f (x)—g(x)]dx+:[[g(x)— f(x)]dx.

_fg[f(X)—g(X)]dX

C.S=

Céu 54.(THPT Chuyén Tran Phii 2018) Cho parabol (P) c6 db thj nhw ~"',1
hinh v&. Tinh dién tich hinh phang gi6i han béi (P) véi truc hoanh. ! \ /
8 4 .
A 4. B. 2. (o D. —. — =
3 3 olLN\NS =

Loi giai

Cau 55.(S¢ GD & DT Ha Nam 2018) Goi tam giac cong (OAB)
12 hinh phing gi¢i han béi do thi cac ham s6 y = 2x*,y =3—x
, ¥ =0 (tham khdo hinh vé bén). Dién tich ciia (OAB) bang

A.§. B.§ C.ﬂ. D.E.
3 3 3 3
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Lo gidi

Cau 56.(THPT Chuyén Thai Nguyén 2019)
Cho ham s8 y=x’+ax®+bx+c (a,b,ceR) c6 do thi (C) va
ham s8y=mx*+nx+p (m,n,peR) c6 d6 thi (P) nhw hinh
vé. Tinh dién tich hinh phang gi¢i han bai (C) va (P) c6 gia
tri nam trong khoang nao sau day?

A (0;1). B. (1,2). C.(23). D. (3;4).

Lo gidi

Cau 57.(bé Chinh Thirc 2018)
Cho hai ham s& f (x) =ax’ +bx? +cx+g va g(x)=dx? +ex—%,

(a,b,c,d,eeR). Biét rang do thi cia ham s8 y = f (x) vay=g(x)

cit nhau tai ba diém c6 hoanh do Ian lwot1a —2; 1; 3 (hinh vé bén). l 3,’ »
Hinh phang gi¢i han béi hai @6 thi da cho c6 dién tich bang
A2 B. 12 .12 p. 23
48 24 48 24

Loi giai
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Cau 58.(Chuyén KHTN 2018) Cho ham s§ y = ax* +bx* +c¢ cé do thi
(C), biét rdng (C) di qua di€ém A(-10), tiép tuyén d tai A cla
(C) cat (C) tai hai diém c6 hoanh d6 lan lwot 13 0 va 2 va dién
tich hinh phing gi¢i han béi d, do thi (C) va hai dwong thang
Xx=0; Xx=2 c6 dién tich bang % (phan t6 mau trong hinh vé).

Dién tich hinh phing giéi han boi (C) va hai dwong thing x =-1;
Xx=0 c6 dién tich bang

=y
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Céu 59. (THPT Lé Quy Don-Ha Noi 2018) Cho parabol (P):y=x* va hai diém A, B thudc (P)
sao cho AB = 2. Tim gi tri l&n nhit ctia dién tich hinh phang gi¢i han béi parabol (P) va duong

thang AB.

3 4
A —. B. —. C.E. D.§.
2 3 4 6
Lo gidi
Cau 60.(THPT Ngoc Tao Ha N6i 2018) Cho ham s y = x* —3x*> +m Ty
c6 do thi (C,,), véi m 1a tham s6 thuc. Gia st (C,,) cat truc Ox tai
bon diém phén biét nhw hinh vé 2|
Goi S, S,, S, ladién tich cdc mién gach chéo dwgc cho trén hinh
vé. Gidtrictia m dé S, +S,=S5, 1a + @, = @x; —
A -2, B.>. -2 D.>
2 4 4 2

252 Lop Todn Thiy-Diép Tudn Tel: 0935.660.880



ITrung Tém Luyén Thi Pai Hoc Amsterdam  Chwong IlI-B3i 4. Ung Dung Tinh Dién Tich & Thé Tich I

DANG 3. Tinh dién tich hinh phéng gi6¢i han béi ba d6 thi hams6 y = f (x), y=g(x),y=h(x).

1.Phwong phap.
Buéc @ : Tim hoanh do giao diém ctia tirng do thi: vA
f(x)=g(x)=x=c
f(x)=h(x)e=x=a
h(x)=g(x)< x=b
Buéc @ : Vé d6 thi chtabahams8 y = f (x), y=g(x),y=h(x).
dé tach thanh tong cda hai tich phan.
S :L°| f (x)—h(x)|dx+Lb|g(x)—h(x)|dx

2.Bai tap minh hoa.

2l 4

O a c b

QB2 tap 15. Dién tich hinh phing giéi han béi dd thi (C) ctia ham 8 y = %(x2 —4x+3) va hai

tiép tuyén cta (C) xudt phattr M (3;-2) 1a

Lo giai
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(OB tap 16. Tinh dién tich hinh phéng gi¢i han béi duong cong (P): y =[x’ —4x+3 va (D):
y=X+3.

Lo giai

CAIBai tap 17. Tinh dién tich hinh phang gi¢i han béi hai dwong cong (P):y = ‘Xz —ﬂ va (D):

y =|x|+5.

Loi gidi

LBai tAp 18. Tinh dién tich hinh phang gi¢i han béi dwong cong

(C):y=x% (Cz):y:%z, (Cs):y:%.

Loi giai
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3.C4u héi tric nghiém.

Mirc d6 3. Van dung
Cau 61.(THPT Ngd Quyén 2019) Dién tich mién hinh phang gi¢i han béi cac dwong y=—x+3
y=2", y=1bang

A-L.is .+ 1 ¢ L1, D. 1 42,
In2 In2 2 In2 In2
Loi giai

Céu 62.(Tap Chi To4an Hoc 2018) Tinh dién tich hinh phang gi¢i han b&i d6 thi (P):y =x* —4x+5
va cac tiép tuyén cta (P) tai A(L2) va B(4;5).

a2 B.2. c.2. D.2.
4 9 8 2

Loi giai
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C4u 63.(THPT Hong Linh Ha Tinh 2018) Dién tich hinh phing gi¢i han béi db thi ham s§ y=+/x

va tiép tuyén voi do thitai M (4,2) va truc hoanh la

Al B. > cl. D. 2
3 8 3 3

Cau 64.(Chuyén KHTN 2018) Tinh dién tich hinh phing giéi han béi parabol y = x* —6x+12 va
cac ti€p tuyén tai cac diém A(L7) va B(-1;19).

A.l. B.z. C.ﬂ. D. 2.
3 3 3

Loi gidi

Cau 65.(S& GD& DT Dong Thap 2018) Dién tich hinh phing nam trong goc phan tw thit nhit, gidi
han béi cic dwong thing y=8x,y = x va do thi ham s6 y = x* 13 phan sé t5i gian % .Khi d6 a+b

bang
A. 62. B. 67. C. 33. D. 66.

Lo gidi
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DANG 4. Tinh dién tich hinh phang giéi han béi cic d6 thj ham s6 c6 dang x = f () va hai dwong
thing y=a,y=b.

1.Phwong phap.
x=f(y)

DE tinh dién tich gi6i han b ((#1)| ¢ O] ta tign hanh hai buéc:
-

Buéc @ : Ap dung coéng thirc dién tich can tinh 13

S=T|f(y)—9(y)ldy-

Bwéc @ : Phé tri tuyét d6i nhw dang 1.
2.Bai tap minh hoa.

[Bai tap 19. Tinh dién tich hinh phang giéi han béi cac dwong y* =2x+1 va y=x-1.
Lo giai

[Bai tap 20. Tinh dién tich hinh phang giéi han béi cac dwong y* =4x, y° = (4—x)°.
Lo giai
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3.CAu héi tric nghiém.
Cau 66.(THPT Kim Lién 2019) Cho hinh phing (H) gi6i han b&i dwong cong y*-2y+x=0 va
duong thang x+y—2=0.Tinh dién tich S ctia hinh (H).

A S=6. B.S=14. c.3=%. D=1

Loi giai

DANG 5. Tinh thé tich vat thé gi6i han béi mot d6 thi ham sd c6 dang y = f (x), x=a, x=b va
truc hoanh (y = 0) khi quay quanh truc hoanh (Ox).

1.Phwong phap.

(C):y=f(x)

2o 2oL A N s 9 . (OX):_)):O - 4 y = f(x)

bé tinh thé tich vat thé gi¢i han béi [(H): ta tién

X=da [

x=>b | |
hanh hai buéc: CR IR i
Buéc @ : Ap dung cong thirc dién tich can tinh 1a v o

b b
V:ﬂjfz(X)dX:ﬂjyde. v

Buwéc @ : Tinh tich phan.
2.Bai tap minh hoa.

[CHIBai tap 21. Cho hinh phang (H) gi¢i han béi cac duong y = , truc hoanh, truc tung

1
1+/4-3x

va x =1. Tinh thé tich cta khdi tron xoay tao thanh khi quay hinh (H ) quanh truc hoanh.

Loi giai
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CHIBai tap 22. Cho hinh phing (H) gi¢i han béi cac dwong y = , truc hoanh va x=0,

1
3/e7+2

x =3In2. Tinh thé tich ctia khdi tron xoay tao thanh khi quay hinh (H) quanh truc hoanh.

Loi giai

[CAIBai tap 23. Cho hinh phéng (H ) gi¢i han béi cac duong y = ﬂ, truc hoanhva x==.
COS X

Tinh thé tich cia khéi tron xoay tao thanh khi quay hinh (H ) quanh truc hoanh.

Lo giai

3.C4u héi tric nghiém.

Mirc d6 1. Nhan biét
Cau 67.(S& GD va BT Dong Thap 2018) Cho hinh phang D gi¢i han béi dwong cong y =sinx, truc

hoanh va cic dwong thang x=0, x= % Khoi tron xoay tao thanh khi quay D quanh truc hoanh
c6 thé tich bang bao nhiéu?

A.V:E[z—ﬁ) B.V:%(Z—\@). c.V=§(2—J§). D.V:l[f—ﬁ}

413 2 43 2
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Lo gidi

Cau 68.(THPT Dirc Tho-Ha Tinh 2018) Tinh thé tich V cda vt thé tron xoay sinh ra khi cho hinh

phang gi¢i han béi cac duwong y = l, y=0, x=1, x=a, (a > 1) quay xung quanh truc OX.
X

A.V:(l—lJ. B.V:(l—ljn. C.V:(1+1j7z. D.V:(l+l).
a a a a

Lo giai

Céu 69.(S¢ GD & BT Can Tho 2018) Goi (H )la hinh phang giéi han béi do thi ham s6 y =e*, truc
Ox va hai duwong thing x=0, x=1. Thé tich ctia khdi tron xoay tao thanh khi quay (H) xung
quanh trucOx la

A Z(e-1). B. 7(e? +1). C. %(e2 +1). D. z(e?-1).

Lo gidi

Céu 70.(THPT Chuyén Nguyén Quang Diéu 2018) Cho hinh phang (H) gi¢i han boi cac duong
y= Jx -1, truc hoanh va dwong thing x =4. Khdi tron xoay tao thanh khi quay (H ) quanh truc
hoanh c6 thé tich V bang bao nhiéu?

2
Av=" BvV='" cv=r'" Dy _/T
6 6 6 3

Loi giai

Cau 71.(TT Diéu Hién 2018) Cho hinh (H ) giéi han béi cac dwomg y =—Xx* +2X, truc hoanh. Quay
hinh phéng (H) quanh truc Ox ta dwoc khdi tron xoay c6 thé tich la:

o, 0 S c A7 L,
15 15 3 15
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Lo gidi

Cau 72.(THPT Chuyén Thai Binh 2018) Thé tich ctia vat tron xoay c6 dwoc khi quay hinh phang
gi¢i han bdi do thi ham y =tan x, truc Ox, dwdong thang x =0, dwong thang x = % quanh truc
Ox la

AV =\3-Z. B.V:J§+%. C.Vzﬂ\/§+%2.D.V=ﬂ'\/_—%2.

Lo giai

Céu 73.(S& GD & BT Phii Tho) Goi (H )1a hinh phang gi¢i han béi d6 thi ham s6 y = x> —4x+3,
truc hoanh va hai dwong thang x =1;x =3. Thé tich khdi tron xoay tao thanh khi quay D quanh
truc hoanh bang

a 167 B 16 c 7. D. 2
15 15 3 3
Lo giai

Ciu 74.(THPT Tay Thuy Anh 2018)Tinh thé tich cia phan vat thé tao nén khi quay quanh truc Ox
hinh phéng D gi6i han b&i do thi (P):y=2x—x* va truc Ox bang

A.Vzlg—ﬂ. B.V:B—ﬂ. C.V:17—7[. D.V:16—7[.
15 15 15 15

Lo giai
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C4u 75.(D& Chinh Thirc 2018) Cho hinh phéng (H) giéi han béi cac dwong y =x*+3, y=0,
x=0, x=2.Goi V la thé tich ctia khéi tron xoay duwoc tao thanh khi quay (H ) xung quanh truc
Ox . Ménh dé nao du¢i day dung?

A.V=7Z'j.(X2+3)2dX. B.V=7Z'j-(X2+3)dX. C.V:j.(x2+3)2dx. D.V:j.(x2+3)dx.
0 0 0 0

Lo giai

Céu 76.(THTT s 6 - 2018) Cho hinh phang (H) gi¢i han b&i cac duwong cong y = InTX , truc hoanh
X

va dwong thiang x =e. Khéi tron xoay tao thanh khi quay (H ) quanh truc hoanh c6 thé tich V

bang bao nhiéu?

Av==, B.v==L. cv==. D.V=r.
2 3 6

Mitc d6 2. Thong hiéu
Cau 77.(THPT Héu Loc 2-2018) Tinh thé tich khoi tron xoay dwoc tao thanh khi quay hinh phang
gi&i han bai do thi ham s6 y = 3x—x* va truc hoanh, quanh truc hoanh.

- 58 5, L D, 87
10 10 7 7
Lo giai

Cau 78.(THPT Chuyén Lé Hong Phong 2019) Cho hinh phang D gi6¢i han bdi cac dwong cong
y =+/2+Cc0s X, truc hoanh va cic duong thing x=0, x= % Khoi tron xoay tao thanh khi quay

D quanh truc hoanh c6 thé tich V bang bao nhiéu?
AV =r-1. B.V=7+1. C.V=7r(7r—1). D.V=7Z'(7Z'+1).

Lo giai
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Cau 79.(S& GD & DT Nam Dinh 2019) Cho hinh phang D gii han béi duong cong y=+/2+sinx ,
truc hoanh va cac dudong thangX=0,X= . Khéi tron xoay tao thanh khi quay D quanh truc
hoanh c6 thé tich V bang bao nhiéu ?

AV =2(r+1). B.V =27(7+1). C.V=2x" D.V=2r.

Loi giai

C4u 80.(THPT Chuyén Hoang Van Thu 2018) Thé tich ctia khéi tron xoay D thu dwoc khi quay
quanh truc Ox hinh phang gi¢i han b&i do thi ham s§ y = Jxe*, truc hoanh va dwong thang x =1

1 1
A_%@2+Q. B.Z@2+Q. c.%@#—g. D,Z@4—Q.

Lo giai

Céu 81.(THTT s6 6-489 thang 3) Cho hinh phdng (H) gi¢i han béi cac duwong cong y = In_X' truc

Jx
hoanh va dwong thing x =e. Khéi tron xoay tao thanh khi quay (H) quanh truc hoanh c6 thé
tich V bang bao nhiéu?

AvV==, B.v==L. cv==. D.V=r.
3 6
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Céu 82.(S¢ GD & BT Bac Ninh 2018)Cho hinh phang D gi¢i han béi do thi y =(2x-1)+/Inx, truc

hoanh va dwong thang x =e. Khi hinh phang D quay quanh truc hoanh dwoc vat thé tron xoay
c6 thé tich V duoc tinh theo cong thirc

AV :J.(Zx—l)2 In xdx . B.V :7zI(2x—1)2 In xdx .
1 :

C.V :J.(Zx—l)2 In xdx . D.V :7rJ'(2x—1)2 In xdx .
1 1
2

Loi giai

C4u 83.(S& GD & DT Can Tho 2018) Thé tich cha khéi tron xoay tao thanh khi quay hinh phang
gi¢i han bai do thi ham s6 y =+/tan x, truc hoanh va cac duwong thang x =0, X = % quanh truc

hoanh la

2
A.V:%. B.v ="z cv=", D.V =

&
2 4 4’
Loi giai

Cau 84.(THPT Chuyén Phan B6i Chau 2018)
Cho hinh phing H gidi han béi cac duong y = 1/In(2X +1) , Yy=0, x=0, x=1. Tinh thé tich cha
khoi tron xoay tao thanh khi quay hinh H quanh truc Ox.

A £In3-1. B.%InS—n. C. (n—%jme,—l. D.%TlnS—;z.

Loi giai
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Cau 85.(THPT Chuyén Thai Binh 2018)
Thé tich cia vat tron xoay khi quay hinh phang gi¢i han béi do thi hAam y = tan x, truc Ox, dwdng

thang x =0, dwong thang x = % quanh truc Ox la:

2 2
AV:JE%. BAha@+%. cvzmﬁ+%ﬂ nvsz—%n

Loi giai

Cau 86.(THPT Nguyén Du 2019) Tinh thé tich V clia khéi tron xoay tao thanh khi quay hinh phing
gidi han béi cdc dwong y =+/tanx,y=0,x=0,x= % xung quanh truc Ox.

B.V =In+/2. CV="_. D.V =7xIn2.

Cau 87.(THPT Chuyén Ngoai Ngir Ha Noi) Goi (H ) 12 hinh phang gi6i han béi duong y=+/x* -4,
truc Ox va duwdng x = 3. Tinh thé tich khdi tron xoay tao thanh khi quay hinh phang (H ) quanh
truc hoanh.

AV =3r. B.V:%[. C.V:%[. D.V =2r.

Lo giai

s 2 N 2 Ty 2 7 \ I
Cau 88.(Toan Hoc Tu6i Tré 2018) Cho hinh phang (H ) gi&i han béi cac dwong cong y = nx , truc

Jx
hoanh va duwong thang x =e. Khdi tron xoay tao thanh khi quay (H) quanh truc hoanh c6 thé

tich V bang bao nhiéu?

Av==L B.v==, cv==2 D.V =r.
2 3 6

Lo giai
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Cau 89.(S& GD & DT Vinh Phiic 2019) Thé tich V cia khéi tron xoay dwoc sinh ra khi quay hinh
phiing gi6i han b&i dudng tron (C): x? +(y —3)° =1 xung quanh truc hoanh I
A. 67°. B. 67°. C. 37°. D. 67.
Loi giai

Mirc d6 3. Van dung

Céu 90.(S& GD & DT Binh Thuédn 2018)
Xét hinh phang (H) gi¢i han boi do thi ham s6 f (x)=asinx+bcosx (véi a, b 1a cac hang s6

thwc dwong), truc hoanh, truc tung va dwong thang x = 7. Néu vt thé tron xoay dwoc tao thanh
2

khi quay (H) quanh truc Ox c6 thé tich bang 5% va f'(0)=2 thi 2a+5b bang
A. 8. B. 11. C. 9. D. 10.
Lo gidl

Cau 91.(Hoc Sinh giéi Bac Ninh) Cho hinh phang (H) dwoc gi¢i han béi dudng cong y =vm? —x°
(m la tham s6 khac 0) va truc hoanh. Khi (H) quay xung quanh truc hoanh dwoc khéi tron xoay
c6 thé tich V . C6 bao nhiéu gia tri nguyén cia m dé V <1000z .
A. 18. B. 20. C. 19. D. 21.
Lo giai
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Cau 92.(THPT Quynh Lwu 2018) Thé tich V cta khéi tron xoay dwgc sinh ra khi quay hinh phang
gi¢i han boi dwong tron (C):x* +(y —3)2 =1 xung quanh truc hoanh la
AV =6r. B.V =67". C.V =37 D.V =677

Loi giai

C4au 93.(Kénh Truyén Hinh Gido Duc Qudc Gia 2019) Cho hinh phiang D gi¢i han b&i dwong cong

/3 +(x—2)e" .
y= (X—l) , truc hoanh va hai dwong thang x =0, x =1. Khdi tron xoay tao thanh khi quay
xe* +

D quanh truc hoanh c6 thé tich V = ﬁ[a+ bln (1+ lﬂ ,trong d6 a,b la cac so hitu ty.
e

Ménh dé nao dwéi day dung?
A.a—-2b=5. B. a+b=3. C.a—2b=7. D.a+b=5.

Lo giai
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Céu 94.(THPT Chuyén Thai Nguyén 2019)
Tinh thé tich V ctia khdi tron xoay tao thanh khi quay hinh tron (C):(x+ 2)2 +(y —3)2 <1 quanh
truc Ox.
AV =277 B.V =677 C.V =7 D.V =6x.
Lo gidi

DANG 6. Tinh thé tich v4t thé giéi han béi hai d6 thihams6 y = f (x), y=g(x), x=a, x=b khi
quay quanh tryc hoanh

1.Phwong phap.

(C):y=f(x) -
P& tinh thé tich vat thé gi6i han béi |(i):1 €Y =8 ta vign

X=a

x=b

hanh hai buéc:
Buwéc @ : Ap dung cong thirc dién tich cin tinh la

V:ﬂi|f2(X)—gz(X)|dX [¢) mo n b x

Buwéc @ : Tinh tich phan.
2.Bai tap minh hoa.

[CAIBai tap 24. Cho hinh phang (H ) giéi han béi cac dwong y = JX, y=—x va x=4. Tinh thé tich
ctia khéi tron xoay tao thanh khi quay hinh (H) quanh truc hoanh.

Lo giai
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3.CAu héi tric nghiém.

Mirc d6 1. Nhan biét
Cau 95.(THPT Nguyén Trii-Pa Nang 2018) Cho hinh phing trong 4 fi(x)
hinh (phan t6 ddm) quay quanh truc hoanh. Thé tich cua khoi
tron xoay tao thanh dworc tinh theo cong thitrc nao?

AV :j:[ff(x)— £7(x)]dx. B.V :ﬂi[flz(x)— £,7 (x)]dx. /2(x)

C.V:nj[fzz(x)—ff(x)]dx. D.V=7zi[fl(x)—f2(x)  dx. ol a b X

Lo giai

C4u 96.(TT Diéu Hién-Cin Tho 2018) Cho hinh phing (H) giéi han béi cac duong y=x*, y =2x.
Thé tich ctia khéi tron xoay dwoc tao thanh khi quay (H ) xung quanh truc Ox bang:

a3z B, %7 W p. 107
15 15 15 15
Lo giai

Cau 97.(THPT Chuyén Tran Phi 2018) Thé tich vat thé tron xoay sinh ra khi hinh phang gi¢i han
b&i cdc dwong X = \N, y=—-Xx+2 va x=0 quay quanh truc Ox c6 gia tri la két qua nao sau day?

A.V=17Z. B.V:§7r. C.V=gﬂ'. D.Vzl—lﬁ.
3 2 15 6

Loi giai
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Céu 98.(S¢ GD & DT Quang Nam 2018) Goi (H ) 13 hinh phéng giéi han béi (P):y=x* va dwong
thang y = 2x. Tinh thé tich khdi tron xoay tao thanh khi quay hinh ( H ) xung quanh truc Ox.

A% B, 107 ¢z D. 4%
15 15 3 3
Lo giai

Cau 99.(THPT Kim Lién 2018)Cho hinh phéng (H) (phan gach
chéo trong hinh vé). Tinh thé tich V cua khdi tron xoay tao thanh

khi quay hinh (H) quanh truc hoanh.

AV=87. B.V-=10r. c.vz%”. D.vzl%”.

Lo giai

Cau 100.(THTT S& 3-486-2018) Cho hinh phing D gi¢i han b&i dwong cong y =€, cac truc toa
do va phan dwong thang y=2-X vdi x>1. Tinh thé tich khdi tron xoay tao thanh khi quay D
quanh truc hoanh.

2 _ (56?3 _ 2 _
av=.81 B.V:(—Z). cv=l,8t, DVt &t
3 2e 6e 2 e 2 2e

Loi giai
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Cau 101.(THPT Kim Lién 2019) Cho hinh phiang (H )
(phéan gach chéo trong hinh vé&). Thé tich khoi tron
xoay khi hinh (H) quay xung quanh Ox dwoc tinh
theo cong thirc nao dwéi day?

1 1
A. ﬂj (x* —4x* +4)dx —nj x'dx .
-1 =

1 1
B. j(x“ —4x? +4)dx—j x'dx.
-1 -1

1
C. ;zj(4x4—8x2 +4)dx.
-1

1 1
D. ;zJ. x4dx—7z.|.(x4—4x2+4)dx.
-1 -1

Lo giai

Cau 102.(THPT Thing Long 2019) Tinh thé tich vat thé tron xoay tao thanh khi cho hinh phang

2 2

gi¢i han béi dwong elip c6 phwong trinh: XE + y? =1 quay xung quanh truc Ox.

A. 8. B.12r. C.16r. D. 6.
Loi giai
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Cau 103.(THPT Thanh Chwong Nghé An) Thé tich vat thé tron

xoay sinh b&i hinh phang gi¢i han béi cac dwongy =x* , y =2x ,
khi quay quanh truc Ox dwoc tinh theo cong thitc nao dwéi day ?
2 2
A 7Z'J.(X4—4X2)dX : B. J.(Zx—xz)dx.
0 0
2 2
C. J.(4x2—x4)dx. D. zj(4x2—x4)dx.
0 0

Lo gidi

Cau 104.(THPT Ly Nhan Téng 2019) Cho hinh phiang D gi¢i han béi dwong cong Y =InX, truc
hoanh va dwong thang x =e. Tinh thé tich V cta khdi tron xoay tao thanh khi quay D quanh Ox.
AV =7x(e+1). B.V =x(e-2). C.V=re. D.V =7x(e-1).

Lo giai

Cau 105.(THPT Kim Lién 2017) Goi (H ) 12 hinh phéng giéi han boi cc dwong y = /(x-1)e* 2" ;
y=0; x=2.Tinh thé tich V cta khoi tron xoay khi quay hinh (H ) xung quanh truc hoanh.

av =2y B.v =729 cv ="y p.v =73,
2e 2e 2e 2e

Loi giai
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Mirc d6 2. Thong hiéu
Cau 106.(THPT Chuyén Bién Hoa2018) Tinh thé tich V cla vat tron xoay tao thanh khi quay hinh
phing (H) gi¢i han béi cac duong y=x*; y= JX quanh truc Ox.

AV=27. B.vV=F. cv=2=2, D.v='%
10 10 10 10

Lo giai

Cau 107.(THPT Chuyén Vinh Phic 2018) Tinh thé tich cta khdi tron xoay khi quay hinh phang
gi¢i han bai cac duong y=x>—4, y=2x—4, x=0, x=2 quanh truc Ox.

A B. 2% c. 2 p. 2.
5 7 15 5

Lo gidi

Cau 108.(THPT Chuyén Hung Vwong 2018) Tinh thé tich khéi tron xoay sinh ra khi quay quanh
truc OX hinh phéng gi¢i han béi hai d6 thi y=x"—4x+6 va y=-x*—2x+6.
A. 3r. B. 7-1. C.r. D. 2rx.

Lo gidi

Cau 109.(S& GD & DT Ddng Thap 2018) Cho hinh phang D gi¢i han béi do thi cic ham sé y = X?,

y =+/2x . Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang bao nhiéu?

287 127 4z 367

AV = B.V=—. CV=—. D.V =
5 3

Lo giai

273 Lop Todn Thiy-Diép Tudn Tel: 0935.660.880



IT rung Tdm Luyén Thi Pai Hoc Amsterdam  Chwong IlI-B3i 4. Ung Dung Tinh Dién Tich & Thé Tich I

Cau 110.(THPT Tran Phi 2018) Goi (H) 1a hinh dwoc giéi han béi nhanh parabol y=2x* (véi
x>0), dwdng thing y=-x+3 va truc hoanh. Thé tich cia khéi tron xoay tao béi hinh (H) khi
quay quanh truc Ox bang

AV =2% B.V-1% cv=> D.v =27
15 5 17 17
Lo gidi
Cau 111.(Tap Chi Toan Hoc S6 2-2018) Cho hinh (H ) gi6i han boi ;
truc hoanh, d6 thi cia mot Parabol va mot dwdng thang tiép xtc
voi Parabol d6 tai di€ém A(2;4), nhw hinh vé bén. Thé tich vat thé
tron xoay tao boi khi hinh (H) quay quanh truc Ox bang ]
167 32r 2r 221 1
A=E, B, 2<% c. E, D. 2%, L
15 5 3 5 oO t2°

Lo gidi

Cau 112.(THPT Chuyén Ha Tinh 2018) Thé tich kh6i tron xoay do hinh phang gi¢i han béi cac
dwong x+y—2=0; y=+/x; y=0 quay quanh truc Ox béing

A2 B. 2. cZ. D.2Z.
6 5 3 6

Loi giai
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Cau 113.(THPT Chuyén Thai Binh 2018)Tinh thé tich vit thé tron xoay tao béi phép quay xung
quanh truc Ox hinh phing gi¢i han bé&i cac dwong y=0, y= JX, y=Xx-2.

3 C.10rx. D. 8r.

Lo gidi

Cau 114.(THPT NewTon 2018) Goi (H) 1a hinh phang dwoc gi¢i han

b&i cac d6 thi ham s6 y=2x,y = 1_—X, y =0 (phén t6 ddm mau den
X

& hinh vé bén). Thé tich ctia vat thé tron xoay tao thanh khi quay
(H) quanh truc hoanh bang.

A.Vzﬁ(%—ZlﬂZj. B.V=7[(§+2|n2j. C.V=ﬂ(2|n2—§j. D.V:ﬂ(2|n2+§j.

Loi giai
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Cau 115.(THPT Chuyén Lwong Thé Vinh 2018) Goi D 1a hinh
phiing gi¢i han b&i db thi ham s§ y =+/x, cung tron c6 phwong
trinh y =~/6—x2 (_JE <x<6 ) va truc hoanh (Ox) (phan t6

dam trong hinh vé bén). Tinh thé tich V cda vat thé tron xoay
sinh b&i khi quay hinh phdng D quanh truc Ox.

AV =876 -2x. B.V:87r\/6+22Tﬁ.
c.vzsm/é—zzT”. D.V:47z\/5+227”.

Loi giai

2
vy x* +y?<16

(H,): :—XT: va (H,): X2+(y—2)2 >4. Cho (H,),(H,)xoay quanh truc Oy ta duoc céc
X=—4X=4 x2+(y+2)224

vat thé c6 thé tich Ian lwot V,,V, . Pang thirc ndo sau day ding.

A.V,=V,. B.V, =%v2 . C.V,=2V,. D.V, =gv2 .
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Lo gidi

2 2
Cau 117.(THPT Chuyén Ha Long 2019) Cho hinh phéng (H ) giéi han béi (E): % + VE ~1va

dudmng tron (C): x* + y* =9 (phan ndm trong (E) va ndm ngoai (C). Tinh thé tich khéi tron xoay
sinh b&i (H ) khi quay quanh truc Ox .

A, Eﬂ' B.§7r. C. Eﬂ' D. 24r.
5 5 25
Loi giai

Cau 118.(THPT Kinh Mén 2018)
Cho hai dwong tron (01;5) va (02;3) cit nhau tai hai diém A, B
sao cho AB la mgt dwong kinh cta dwong tron (O,;3). Goi (D) 4

12 hinh phang dwoc gi¢i han béi hai dwong tron (& ngoai dwdong D

tron 16m, phan duoc gach chéo nhw hinh vé&). Quay (D) quanh
truc 0,0, ta dwoc mdt khoi tron xoay. Tinh thé tich V cua khoi
tron xoay dwoc tao thanh.

AV =367 B.V:68Tﬂ C.V=14Tﬂ. D.V:“%”.

Lo gidi
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Cau 119.(THPT Thi Xa Quang Tri 2019) Cho db thi ()
(C):y=ax+bx*+cx+d va Parabol (P):y=mx’+nx+p

c6 d6 thi nhw hinh vé (do thi (C) 1a duwong cong dam hon).

1
Biét phan hinh phing dwoc giéi han béi (C) va (P) (phin ’ i
t6 dam) c6 dién tich bang 1. Thé tich ctia khoi tron xoay tao ./ 1F === - === |
thanh khi quay phén hinh phing d6 quanh truc hoanhbang =/ | ! ] 0 x
ol 1 3 5
A 3r. B.&ﬂ'. C.57. D.@ﬂ'. /
35 35

Lo giai
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Cau 120.(THPT Lwong Thé Vinh 2019) Cho hinh vuéng
OABC c¢6 canh bang 4 dwoc chia thanh hai phan béi
parabol (P)cé dinh tai O. Goi S 1a hinh phing khong bi
gach (nhu hinh vé). Tinh thé tich V cua khoi tron xoay khi
cho phan S quay quanh truc Ox.

1287 1287 647 2567

AV=—— BV=——. CV=——. D.V=——7—.
5 3 5 5

Loi giai

Ciu 121.(Gang Thép Thai Nguyén) Goi V 1a thé tich khéi AY
tron xoay tao thanh khi quay hinh phang gi¢i han bi cac M
dwong y=+/X, =0 va x =4 quanh truc Ox . Pudmg thing y=rlx

x=a(0<a<4) cit d6 thi ham s6 y=+/x tai M (hinh v&).
Goi V, 1a thé tich khéi tron xoay tao thanh khi quay tam giac K \N# S
OMH quanh truc Ox. Biétrang V = 2V,. Khi d6

A.a=2. B.a=22. c.azg. D. a=3.

Lo gidi

Cau 122.(THPT Chuyén Ly Tu Trong 2019) Goi (D) 12 hinh phdng dwoc gi¢i han béi cac duong
thing y=-3x+10,y =1 va Parabol Y= X2, (X > 0). Tinh thé tich V cuta khéi tron xoay quay D

quanh truc OX tao nén, ((D) nam ngoai parabol Y = X° ).

A v =257 B.v =25 Cv=_>207 D.v 257
5 5 5 15

Loi giai
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DANG 7. Tinh thé tich vat thé gi6i han boi hai d6 thihamsé x = f (y), x=g(y), y=a, y=b khi
quay quanh truc tung (Oy).

1.Phwong phap.

(C):x=fO)
bé tinh thé tich vat thé gi¢i han béi [(H):1(C)):x = g(y) ta tién hanh hai buéc:

y=a;y=b
b
Buéc @ : Ap dung cong thirc dién tich can tinh 13 |V = ﬁH f2(y)-g° (y)|dy

Buwéc @ : Tinh tich phan.
2.Bai tap minh hoa.

[CAiBai tap 25. Cho hinh phang (H) giéi han béi cac dwong y = X -1 va hai dwong x=4, y=0.
Tinh thé tich ctia khéi tron xoay tao thanh khi quay hinh (H)
a). Quanh truc Ox. b). Quanh truc Oy.
Lo giai
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[CABai tap 26. Cho hinh phdng (H) gi¢i han béi cac dwong y=—x*+2x va y=0. Tinh thé tich
ctia kh6i tron xoay tao thanh khi quay hinh (H)
a). Quanh truc Ox. b). Quanh truc Oy.
Lo gidi

| 3.Cau héi tric nghiém.

Cau 123.(Tap chi THTT 2018) Hinh phéng gi6i han béi hai db N
thi y=|x va y=x* quay quanh truc tung tao nén mot vit i :

thé tron xoay c6 thé tich bang ‘ |
AZ. B.Z. c. 2%, D. 37 \/ )

Lo giai

Céu 124.(THPT Chuyén Hung Vwong 2018) Cho hinh phang (H) giéi han béi cac dwong xy =4,
x=0, y=1va y=4.Tinh thétich V ctakhoi tron xoay khi quay hinh (H ) quanh Oy.
AV =8r. B.V =16m. C.V =10x. D.V =12x.

Loi giai
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DANG 8. 'ng dung trong thuec té tinh v4n tdc, quing dwong, dién tich va thé tich vt thé .

1.Phwong phap.

@ Ta tim quing dwong, van toc va gia toc dwa vao so Pyo ham Pao ham
do sau: s(1) —— " a(r))
Nguyén ham Nguyén ham _J 4
Quang duong Vin tbc Gia the

@ Dé tinh dién tich, thé tich cic hinh phiang va khdi
vat thé trong thuc té ta thwong tién hanh cac
buéc sau: Q
Budc 1. Chon hé truc toa do cho phu hop.
Bwéc 2. Dya vao do thi thiét 1ap hé phwong trinh dé ‘
tim ham sé. - Sk -

Buérc 3. Ap dung cong thikc tinh dién tich va thé tich. V
® Thé tich V ctia vat thé (H) véi S(x) 1a thiét dién
ctia (H) cat béi mit phing vudng goc véi truc Ox cho |
O a X b X
b
duoc tinh b cong thire \V = ['S (x)dx
a

2.CAu héi tric nghiém.

C4u 125.(THPT Nguyén Quang Diéu) Trong khong gian v6i hé toa do Oxyz, cho vat thé (H) gi¢i
han béi hai mit phing c6 phwong trinh x=a, x=b (a<b). Goi S(x) la thiét dién cta (H) cat
b&i mat phang vudng goéc véi truc Ox tai di€ém c6 hoanh dd 1a x véi a<x<b. Gid st ham s6
y =S(x) lién tuc trén doan [a;b]. Khi d6 thé tich V cta vat thé (H) dwoc cho béi cong thire

A.Vz;rj)'[S(x)]de. B.V:ﬂTS(x)dx. C.V:T[S(X)de. D.V:Ts(x)dx.

Lo giai

Cau 126.(THPT Thanh Churrong 2019) Cho phan vat thé @ dwoc giéi han béi hai mit phing (P)
va (Q) vudng géc véi truc Ox tai x=0, x=3. Cit phin vat thé @ béi mit phdng vudng goc voi
truc Ox tai diém c6 hoanh do bing x (0<x<3) ta dwoc thiét dién 1 hinh chit nhat c6 kich

thuéc lan lwot 1a X va +/3—x . Thé tich phan vat thé @ bang

ey B.lz*/g”. c.%. D. 2"
4 5 5 4

Lo giai
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Cau 127.(THPT Kim Lién 2018) Trong khong gian v&i hé toa dd Oxyz, cho vat thé nam gitra hai

mit phang x=0 va x =3. Biét rang thiét dién cta vat thé cat b&i mit phang vudng goc voi truc

OX tai diém c6 hoanh dé x(0 < x <3)la mot hinh vuéng canh 14 v/9—x? . Thé tich V clia vét thé,
AV =171 B.V=171r. C.V =18. D.V =18r.

Loi giai

Cau 128.(Pang Thanh Nam) Tinh thé tich vat thé gi¢i han b&i cdc mdt phang x=0 va x =1, biét
thiét dién cta vat thé khi cit b&i mit phing vudng géc véi truc Ox tai diém c6 hoanh do x

(0< x<1) 12 mét hinh vuéng cé do dai canh Jx(ex -1).

Av=ZL. Bv-1 cv=>i, p.v-Z€-1
2 2 2 2

Lo gidi

Cau 129.(THPT Chuyén Lé Hong Phong 2019) Tinh thé tich cta vat thé ndm gitra hai mit phang
x=-1 va x=1, biét rang thiét dién cta vat thé bi cat b&i madt phang vudng goc vai truc OX tai

diém c6 hoanh do6 X(—lS X< 1) 1a mdt tam gidc vudng can c6 canh huyén bang+/1-x" .

e, B2, cA. p. L.
4 5 4

Loi gidi

Céu 130.(Tap Chi Todn Hoc 2019) Ct mot vét thé (V') béi hai mit phing song song (P), (Q) Ian

A . T T o ime sk iAo e
lrot vuong goc voi truc Ox tai X = o X = P Mot mat tly y vudng goc voi truc Ox tai diem x

(—E <X s%) cit (V) theo thiét dién c6 dién tich 1a S (x) = (L+sin’x)cosx. Tinh thé tich vat thé

2
(V') giéi han béi hai mat phang (P), (Q).
A. 3,14 B § C 13—” D 8—”
. 3,14. 3 . 3

Lo giai
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Cau 131.(Chuyén Pai Hoc Vinh 2019) Tinh thé tich V cta vat thé gi¢i han béi hai mat phing
X =0 va x =4, biét rang khi cit béi mat phang ty y vudng goc véi truc Ox tai di€ém c6 hoanh do
x(0<x<4) thidwoc thiét dién 1 nira hinh tron c6 ban kinh R =xv4—-x.

av-=-% B.vV =32, cv-=%7 D.v =327
3 3 3 3
Lo giai

Cau 132.(THPT Kim Lién 2017) Mot xe ltra chuyén dong chAm dan déu va dirng lai han sau 20s
ké tir ldc bat dau ham phanh. Trong thoi gian d6 xe chay dwoc 120m. Cho biét cong thirc tinh van
toc ctia chuyén dong bién déi déu la v=v, +at; trong d6 a (m/s®) 1a gia téc, v (m/s) 1a van tdc
tai thoi diém t (s). Hay tinh van tdc v, cla xe ltra ldc bat dAu ham phanh.

A. 30 m/s. B. 6 m/s. C.12 m/s. D. 45 m/s.

Loi gidi

Ciu 133.(Chuyén KHTN Ha Noi 2019) Mot bac the xay bom nwéc vao bé chira nwéce. Goi V (t) la
thé tich nwéc bom dwoc sau t gidy. Biét ring V'(t)=at’+bt va ban dau bé khong c6 nuér, sau 5

gidy thé tich nwdc trong bé 1a 15m°, sau 10 gidy thi thé tich nuéc trong bé 1a 110m°. Thé tich
nwéc bom dwoc sau 20 gidy bang
A. 60m°, B. 220m”. C. 840m”°, D. 420m°,

Loi giai
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Cau 134.(Pang Thanh Nam) Trén doan thiang AB dai 200 mét c6 hai chit diém X vay . Chit diém
X xudt phat tir A chuyén dong thing hwéng dén B v&i van tdc bién thién theo thoi gian bdi quy

luat v(t) =8—10t2 +%t (m/s), trong dé t(gidy) tinh tir lic X bat dau chuyén dong. Tir trang thai
nghi, chit diém Y xu4t phat tir B va xudt phat chdm hon X 10gidy va chuyén dong thing ngwoc
chidu véi X c6 gia toc bang a(m/s?) véi ala hing s6. Biét rang hai chat diém gdp nhau tai ding

trung diém ctia doan thang AB, gi4 tri cia abang
A 2. B.1,5. C. 2,5. D. 1.

Lo gidi

Cau 135.(THPT Cau Gidy Ha Noi 2019) Trong mot chuyén dong thiang, mot 6 to dang chay v&i van
téc 15 m/s thi nguwdi 14i hdm phanh. Sau khi hdm phanh, 6 t6 chuyén dong chidm dan déu véi van
t6c v(t)=-5t+15 (m/s) trong d6 t la khoang thoi gian tinh bang gidy ké tir lic bat dau ham
phanh. Hoi tlr lic hdm phanh dén khi dirng han, 6 td con di chuyén bao nhiéu mét?

A. 23,5m. B. 22 m. C. 22,5m. D. 21,5m.

Lo gidi

Ciu 136.(THPT Poan Thwong 2019) Mot 6 té dang chuyén dong déu véi van toc 15m/ s thi phia
trudc xudt hién tredc ngai vat nén nguoi 1ai xe dap phanh gip. K€ tir diém do6, 6 td chuyén dong
chim dan déu vai gia téc —a (m/sz),a>0. Biét 6 td chuyén dong dwoc 20m ntra thi dirng han.
Héi a thuoc khoang nao dwéi day ?

A.(6;7). B.(4:5). C.(56). D.(3;4).

Loi giai
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Cau 137.(Pang Thanh Nam 2019) D€ ddm bao an toan khi khi Iwu thong trén dwong, cac xe 6 td
khi dirng dén dé phai cach nhau t6i thiéu 1 m. O td A dang chay véi van toc 16 m/s bdng gip 6 td
B dang dirng dén dé phia tru¢c nén 6 td A dap phanh (dap thang) va chuyén dong chAm dan déu
voivan tée v(t)=16—4t (m/s), trong do6 t la khoang thoi gian tinh bang gidy ké tir thoi diém 6 t6
A bit d4u dap phanh. Hoi d€ hai 6 t6 A va B khi dirng lai dat khoang cach an toan thi 6 td A phai
dap phanh khi cach 6 t6 B mot khodng t6i thi€u 1a bao nhiéu mét?
A.33m. B. 32 m. C. 31 m. D. 34 m.
Loi giai

Cau 138.(THPT Kim Lién 2018) Clra 1&n ciia mot trung tam giai tri
c6 dang hinh Parabol ( nhw hinh vé ). Ngwoi ta dw dinh 1p clra
bang cwong lwc 12 ly véi don gia 800.000( dong/ m*). Tinh chi phi o
dé lap ctra.
A.9.6.00.000 dong. B. 19.200.000 dong.
C.33.600.000 dong. D. 7.200.000 dong. < >

Lo gidi
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———

Cau 139.(S& GD & DT Thanh Héa 2019) Mot khudn viéen ..
dang nra hinh tron, trén d6 nguoi ta thiét ké phan dé :
trong hoa cé dang cia mdt canh hoa hinh parabol cé dinh
trung véi tAm va cé truc déi xieng vudng goc voi duong
kinh cda na hinh tron, hai ddu mat cia cdnh hoa nam
trén nira hinh tron (phan t6 ddm) va cach nhau mét 4
khoang 4 (m). Phan con lai ctia khu6n vién (phan khong

td6 ddm) danh dé trong c6 Nhit Ban. Biét cic kich thwdc nhw hinh vé, chi phi d€ trong hoa va co
Nhét Ban twong (ng 1a 150.000 d6ng/m?2 va 100.000 déong/m2. Hoi can bao nhiéu tién dé trong
hoa va c6 Nhit Ban trong khudn vién d6? (So tién dwoc lam tron dén hang don vi)

A.3.926.990 (dong).  B.4.115.408 (dong). C.1.948.000 (ddng). D.3.738.574 (dbng).
Lo giai

Ciu 140.(Pang Thanh Nam) Mot thung dwng bia hoi (c6 dang khéi
tron xoay nhw hinh vé) cé dwong kinh day la 30cm, dwong kinh
1é6n nhit cia than thung 1a 60cm, cac canh bén hong cta thung cé
hinh dang cta mot parabol. Thé tich cta thung bia hoi gan nhit
voi két qua nao dwédi day? (gia st do day cua thung bia khong
dang ké)
A. 70 (lit). B. 62 (lit). C. 60 (lit). D. 64 (lit).
Lo giai
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Cau 141. (THPT Nguyén Coéng Tr 2019) Ong An muén lam
clra rao sat c6 hinh dang va kich thuéc nhw hinh vé bén, biét
dwong cong phia trén 1a mét Parabol. Gid 1m® cia rao sat 1a
700.000 déng. HAi 6ng An phai trd bao nhiéu tién dé lam cai
clra sat nhw vay (lam tron dén hang nghin).

A. 6.620.000 dong. B. 6.320.000 dong.

C. 6.520.000 dong. D. 6.417.000 dong.

Lo gidi

Ciu 142.(THPT Chuyén Hung Yén) D€ chuin bi cho hdi trai do
Poan truong to chirc, 16p 12A dw dinh dwng mot cai 1éu trai c6
hinh parabol nhw hinh vé. Nén cua léu trai 1a mot hinh chir nhit
c6 kich thwéc bé ngang 3 mét, chiéu dai 6 mét, dinh trai cach
nén 3 mét. Tinh thé tich phan khong gian bén trong trai.

A 72m°, B. 36 m°. C. 72zx m®, D. 367 m®.

Lo giai
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Ciu 143.(THPT Kinh Dwong 2019) M6t chiéc dong hé cat nhw hinh vé,
gom hai phan d6i xirng nhau qua mit nam ngang va dit trong mot hinh
tru. Thiét dién thang dirng qua truc cia né 1 hai parabol chung dinh va
ddi xirng nhau qua mit nam ngang. Ban diu lwong cat don hét & phan
trén ctia dong ho thi chiéu cao h clia muec cat bang % chiéu cao cia bén

d6 (xem hinh). Cat chay tlr trén xudng dwédi véi lwu lwegng khong doi
12,72cm® /phit. Khi chidu cao ctia cat con 4cm thi bé mit trén cing cla
cat tao thanh mot dwong tron cé chu vi 87 ¢cm (xem hinh). Biét sau 10
phat thi cat chay hét xuéng phan bén dwéi ctia déong ho. Hoi chiéu cao
cda khoi tru bén ngoai la bao nhiéu cm?
A. 10cm. B. 9cm. C. 8cm.
Lo giai

Ciu 144.(THPT Cidm Giang)Trong chwong trinh ndng
thon méi, tai mot xa Y c6 xdy mot cAy cAu bang bé tong
nhw hinh vé. Tinh thé tich khdi bé tong dé dé du cay
ciu. (Pwong cong trong hinh vé 1a cac dwong Parabol).
A.19m®. B.21m’. C.18m°.  D.40m’.

< £ »
| 72
R s et
IS
S z
/\ T 4CTm

Lo gidi
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Cau 145. M6t bac tho xdy bom nwéc vao bé chira nwéc. Goi h (t) 1a thé tich nwéc bom dwoc sau t
gidy. Cho h'(t)=3at®+bt va ban dau bé khong c6 nwéc. Sau 5 gidy thi thé tich nuéc trong bé 1a

150m?, sau 10 giay thi thé tich nwéc trong bé 1a 1100m*. Tinh thé tich ctia nwéc trong bé sau khi
bom dugc 20 giay.
A. 8400m°. B. 4200m* C. 600m°. D. 2200m°.
Loi giai

Cau 146.(THPT Ham Rong 2019) Mot hoa vin trang tri dwgc tao
ra tir mot miéng bia mong hinh vudéng canh bang 10 cm bang
cach khoét di bdn phan bang nhau cé hinh dang parabol nhw
hinh bén. Biét AB =5cm, OH =4 cm. Tinh dién tich bé mat hoa
van do.

A0 B Y00, C. %cmz. D. 50 cm®

Lo gidi

Cau 147.(THPT Thach Thanh 2019) Mt cong ty quang cdo X 12m

muén lam moét bic tranh trang tri hinh MNEIF & chinh 4 ) B
gitra cia mot birc twong hinh chir nhat ABCD c6 chiéu cao I £
BC=6m, chiéu dai CD=12m (hinh vé bén). Cho biét g

MNEF Ia hinh chit nhat c6 MN =4 m; cung EIF c6 hinh g
dang 1a mot phén cta cung parabol cé dinh 713 trung diém :
cua canh ABva di qua hai diém ¢ D. Kinh phi lam bic tranh . ) |
1a 900.000 dong/ m*. Hdi cong ty X can bao nhiéu tién dé p M i X 5
l1am bic tranh d6? Tm T

A.20.400.000 dong. B.20.600.000 déng. C.20.800.000 déng. D.21.200.000 dong.

Loi giai
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Cau 148.(S& GD & DT Phti Tho 2019) M6t khudn vién dang nira
hinh tron, trén d6 nguwoi ta thiét ké phan trong hoa hoéng cé
dang mot hinh Parabol c6 dinh trung véi tdm hinh tron va truc
déi xirng vudng goc véi dwong kinh cia niva dwong tron, hai
diu mut cta Parabol nam trén dudng tron va cach nhau mot
khodng 4 mét (phin t6 dadm). Phan con lai ctia khudn vién
(phan khéng t6 ddm) dung dé trong hoa cuc. Biét cac kich
thwérc cho nhw hinh vé. Chi phi trong hoa héng va hoa ctic lan 3
lwot 13 120.000 déong m® va 80.000 déng/m?®. Hoi chi phi 4m
trong hoa khuon vién dé gan nhat véi sé nao sau day (lam tron
dén ngan dong).

A. 6.847.000 dong. B. 6.865.000 dong. C. 5.710.000 do6ng. D. 5.701.000 dong.

Lo giai

6m

i

Cau 49.(THPT chuyén Hung Yén 2017) Vom ctra 16n cia mot trung tdm van hoéa cé6 dang hinh
parabol. Nguwoi ta dw dinh 1ap ctra kinh cho vom clra ndy. Hay tinh dién tich mat kinh cin 1&p vao
biét rang vom ctra cao 8m va rong 8m.

A.gmz. B.émz. C.@mz. D.Emz.
3 3 3 3
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Loi giai

Cau 150.(TTGDTX Van Ninh 2019) Vom ctra 1é6n clia mét trung
tAm van hoa c6 dang hinh Parabol. Nguoi ta dw dinh l3p ctra
kinh cwdng luc cho vom ctra nay. Hay tinh dién tich mat kinh
can lap vao biét rang vom clra cao 8m va rong8m (nhu hinh

VE)-.
131 28 26 128
A. ?(mz). B. ?(mz). C. ?(mz). D. ?(mz).

Lo gidi

Cau 151.(THPT Ly Nhan Tong 2019) Mot manh vwon hinh tron
tim O ban kinh 6m. Ngwoi ta cin trong ciy trén dai dit rong
6m nhan O lam tAm doi x&ng, biét kinh phi trong cay 1a 70000
dong/ m®. Héi can bao nhiéu tién dé trong cay trén dai dat dé ?
A. 8 412 322 do6ng. B. 4 821 322 dong.
C. 3142 232 dong. D. 4821232 dbng.
Lo giai
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Cau 152.(THPT Chuyén Quang Trung 2019)Mot khu vwon
dang hinh tron cé hai duwong kinh AB, CD vudng géc voi
nhau, AB =12m. Nguwoi ta lam mét ho ca c6 dang elip véi bon
dinh M, N, M ', N'nhuw hinh vé.
Biét MN =10m, M'N"'=8m, PQ =8m.
Dién tich phan trong cé (phan gach soc) bang:

A. 32,03 m?, B.20,33m” .

C. 33.02m?* . D. 23,03 m* .

Lo giai

Ciu 153.(THPT Thuén Thanh 2019) B6n hoa cia mét treong X
c6 dang hinh tron ban kinh bang 8m. Nguwoi ta chia bon hoa
thanh cac phan nhw hinh vé dwéi diy va c6 y dinh trong hoa
nhu sau: Phan dién tich bén trong hinh vuéng ABCD dé trong
hoa (phan t6 den). Phin dién tich kéo dai tir 4 canh cta hinh
vudng dén dwong tron dung dé trong cé (phan gach chéo). O 4
gbc con lai mdi goc trong mot cay co. Biét AB=4m, gia trong
hoa 1a 200.000 d/m?2, gi4 trong c6 1a 100.000d/m2, mdi cay co
gia 150.000d. hoi cin bao nhiéu tién dé thuc hién viéc trang tri
bon hoa d6 (1am tron dén hang nghin).

A. 13.265.000 dong.  B. 12.218.000 déng.  C. 14.465.000 dong. D. 14.865.000 dong.

Lo giai
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C4u 154.(THPT Yén Phong 2019) B6 doc mot qua dwa hiu ta dwoc mot thiét dién 1a hinh elip cé
truc 16n 28cm va truc bé 25cm . Biét cir 1000cm® dwa hau sé lam dwoc mdt cdc sinh t6 ban gia
20000 dong. Héi tir qua dwa hiu trén cé thé thu dwgc bao nhiéu tién tir viéc ban sinh t6? Biét
rang bé day cua qua dwa hiu khong dang ké.
A. 180000 dong. B. 183000 dong. C. 185000 dong. D. 190000 dong.
Lo giai

Cau 155.(THPT Nghia Hung 2019) MOt mat ban 2

\ 0 P . R B A o Q Pd hoa crong trang 2
hinh elip cé chiéu dai la 120cm, chiéu rong 1a 60cm. f%
Anh Hai mudn gin da hoa cwong cho mit ban theo Pihoa crome vang

hinh (phén da hoa cwong mau trang va phan da hoa 6&0_/5 6

cwong mau vang), biét rang phin da hoa cuong
mau vang ciing la elip cé chiéu dai 100 cm va chiéu
rong 13 40 cm. Biét ring da hoa cwong mau tring c6 gia 600.000vnd /m? va d4 hoa cwong mau

vang c6 gia 650.000vnd / m?. Hoi sb tién dé gan da hoa cwong theo cach trén gan vdi s tién nao
dudi day?
A.355.000 dong. B.339.000 dong. C.368.000 dong. D . 353.000 dong.
Lo giai
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Cau 156.(P& Minh Hoa BGD) Ong An c6 mot manh ' —
vuon hinh Elip ¢6 d6 dai truc 1om bang 16m va do dai
truc bé bang10m. Ong muén trong hoa trén mot dai
dit réng 8m va nhan truc bé cta elip lam truc doi
xirng (nhw hinh vé). Biét kinh phi dé trong hoa la
100.000 ddng/1m?*. Hdi 6ng An can bao nhiéu tién dé
trong hoa trén dai dit d6? (S6 tién dwgc lam tron _ ~—
dén hang nghin.).

A. 7.826.000 dong. B. 7.653.000 dong. C. 7.862.000 dong. D.7.128.000 dong.

Loi giai

8m

Cau 157.(THPT Chuyén V6 Nguyén Giap) Mot khudn vién
dang ntra hinh tron c6 duwong kinh bang 45 (m). Trén
d6 nguoi thiét ké hai phan dé tréong hoa c6 dang cia mot
canh hoa hinh parabol c6 dinh trung véi tam nira hinh
tron va hai ddu mut cta canh hoa nam trén nitra dwong
tron (phan t6 mau), cich nhau mot khoang bang 4 (m),
phan con lai cda khudn vién (phan khong té6 mau) danh
dé trong c6 Nhit Ban.

Biét cac kich thwéc cho nhw hinh vé va kinh phi dé trong c6 Nhat Ban la 100.000 dong/m2. Hoi
cin bao nhiéu tién dé trong c6 Nhat Ban trén phin dit d6? (So tién dwoc lam tron dén hang
nghin).

A. 2.388.000 (dong). B. 3.895.000 (d6ng). C.1.194.000 (d6ng). D.1.948.000 (dong).
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Lo gidi

Céu 158.(THPT Yén Lac 2018) M6t manh vuon hinh elip ¢6 truc 16n bang 100(m) va truc nho
bang 80(m) dwoc chia lam hai phan béi mot doan thing ndi hai dinh lién tiép cta elip. Phin nhé
hon trong cay con va phan lén hon trong rau. Biét lgi nhuan thu dwoc 1a 2000 mdi m® trong cay
con va 4000 méi m? trong rau. Héi thu nhap ctia cA manh vuon 1a bao nhiéu? (Két qua 1am tron

dén phan nghin).
A. 31904000. B. 23991000. C. 10566000. D. 17635000.

Lo giai

Ciu 159.(THPT Triéu Thai Vinh Phic 2019) Manh vwon nha 6ng An c6 dang hinh elip v&i bén
dinh A, A,, B, B,. Ong dung 2 dwong Parabol c6 dinh la tam déi xirng ctia elip cét elip tai 4
diém M,N,P,Q nhu hinh vé sao cho tir giAc MNPQ 1a hinh chit nhat c6 MN =4 dé chia vuon.
Phin t6 ddm dung dé trong hoa va phan con lai dé trong rau. Biét chi phi trong hoa 1a 600.000
dong/ m? va trong rau 1a 50.000 ddng/ m?. Héi s6 tién phai chi gin nhat véi s6 tien nao dudi day,
biét AA, =8m, BB,=4m?

A. 4.899.000 d‘fmg B. 5.675.000 dbng_g C. 3.526.000 di”)ng D. 7.120.000 dong
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Lo gidi

Cau 160.(THPT Ng6 Quyén 2019) M6t thung dung dau co6
thiét dién ngang (mat trong cda thung) la mot dwong elip
c6 do dai truc 16m bang 2m, do dai truc bé bang 1m,
chiéu dai (mat trong cta thung) bang 3,5m. Thung dwoc
dit sao cho truc bé nam theo phwong thing ditrng (nhw
hinh bén). Biét chiéu cao ctia dau hién c6 trong thung
(tinh tir diém thap nhit cia day thung dén mat dau) la
0,75m. Tinh thé tich V ctia dau cé trong thung (Két qua
lam tron dén hang phan tram).

AV =4,42m°, B.V =3,23m’. C.V =1,26m°. D.V =7,08m°.

Lo giai
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Céau 161.(S& GD &PT Nam Dinh 2019) Biét rang parabol y = ixz chia hinh phang gi¢i han bai

2 2

elip c6 phwong trinh I—G + yT =1 thanh hai phan c6 dién tich [an lwgt 13 S,,S, véi S, < S, .

Ti s6 % bang

2
A Ar++3 B 4r -2 C 4r++3 D 8r—+3
et ek e D el
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Cau 162.(THPT C6Loa Ha N6i 2019) DE trang tri cho mot 1&
hoi dau xuln, tr mét manh vwdon hinh elip c¢6 chiéu dai
truc 1én 1a 10 m, chiéu dai truc nho 12 4 m, Ban t6 chirc vé
mot dwdng tron c6 dudng kinh bang do dai truc nhé va c6
tdm trung vé&i tam cua elip nhw hinh vé. Trén hinh tron |
nguwoi ta trong hoa véi gia 100.000 dong/m2, phan con lai 1om

cla manh vwon ngwoi ta trong cd véi gid 60.000 dong/m? (biét gia trong hoa va trong cé bao

gdm ca cong va ciy). Héi ban t6 chirc cin bao nhiéu tién dé trong hoa va c6? (S6 tién dwoc lam
tron dén hang nghin).
A. 2387000 déng. B. 2638000 dong. C. 2639000 dong. D. 2388000 dong.
Lo giai

Ciu 163.(THPT Chuyén Son La 2019) Gia dinh anh A c6 1 b6n
hoa dwoc thiét ké nhw hinh dwéi day:
O day | 1a tAm cda hinh tron va ciing 1a trung diém cta FF,,

F,,F, 1a hai tiéu diém cua hinh elip, A, 1a mot dinh cua elip,
IF, =3, F,A, =1. Anh A dv dinh trong cé Nhit toan b phan
dién tich t6 ddm. Hoi s6 tién anh A can phai trd dé mua c6 gan
nhit véi s6 nao sau day biét rang gia cé Nhat1a 65.000d/m2?
A. 563.000d. B. 560.0004. C. 577.0004. D. 559.0004.
Lo giai
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Cau 164.(Chuyén Dai Hoc Vinh)San cia mdét vién bao tang my
thuat dwoc 14t bing nhirng vién gach hinh vudng canh 40 (cm)
nhu hinh bén. Biét rang nguoi thiét ké da st dung cac dwong
cong c6 phuong trinh 4x* = y* va 4(x-1)°=y* dé tao hoa van

cho vién gach. Dién tich phin dwoc t6 ddm gin nhit véi gia tri !
nao dwéi day? |

A. 506(cm’). B. 747 (cm?). C. 507 (cm?). D. 746 (cm®).
Loi gidi

Ciu 165.(THPT Ng6 Sy Lién 2019) Ngwoi ta dw dinh trong hoa Lan y
Y dé trang tri vao phan td6 dim. Biét rang phan t6 dam 1a dién tich

hinh phing gi¢i han béi y = f (x) =ax® +bx* +cx —%

U
vay=g (X) = dx* +ex+1 trong dé a,b,c,d,e € R. Biét ring hai db E
thi d6 cat nhau tai cac diém c6 hoanh d6 Ian lwot bang -3; —1; 2, E
chi phi trong hoa la 800000 déng/1m? va don vi trén cac truc :
dwoc tinh 1a 1 mét. SO tién trong hoa gan nhit véi sé nao sau day? 2

(lam tron dén don vi nghin déng).
A. 4217000 dong. B. 2083000 dong. C.422000 dong. D.4220000 dong.
Lo giai

300 Lop Todn Thiy-Diép Tudn Tel: 0935.660.880
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Ciu 166.(Chuyén Tran Pai Nghia 2019) Mot vién gach hoa y o
hinh vuéng canh 40cm dwogc thiét ké nhuw hinh bén duwéi. - y= /2
Dién tich mdi canh hoa bang
A. %cmz. B. %cmz. C. 250cm?.  D. 800cm?. :
-20 20

Lo gidi

301 Lop Todn Thiy-Diép Tudn Tel: 0935.660.880



