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HINH KHONG GIAN THFE TICH

- TU CO BAN PEN NANG CAO FULL

HOC24H™ Gido vién: Nguyén Tién Dat

HINH KHONG GIAN THE TiCH

ON TAP 1: KIEN THUC CO BAN HINH HQOC LOP 9 - 10
1. H¢ thirc lwgng trong tam giac vuong: Cho AABC vudng & A. Ta co:
a) Dinh 1y Pitago: BC*> = AB* + AC’ A

b) BA*=BH.BC;CA* = CH.CB

c b
c) AB.AC=BC.AH
1 1 1
) UH? T AR A HM a
e) BC=24AM
. b b
f) sinB=—,cosB :E,tanB =—,cotB _<
a a c b
. . b b
g) b=asinB=a.cosC,c=a.sinC=a.cosB,a=——=
sinB cosC
b=c.tanB=c.cotC
2. H¢ thire lwgng trong tam giac thuwong
¢ Dinh 1y ham sb cosin: a® = b* +¢* - 2bc.cos A
¢ Dinh Iy ham s sin: — =2 € __op
sind sinB sinC

3. Cac cong thirc tinh dién tich
a) Cong thirc tinh dién tich tam gidac

1 1 ) abc +b+
N :Ea.ha :Ea.bsmCzﬁzpr :\/p(p—a)(p—b)(p—c) v6i p=2 : ¢

Diic biét: ~ AABC vuong & A: S = %AB.AC

a’\3

AABC déu canh AABC: S =

b) Di¢n tich hinh vuéng: S = canh x canh
¢) Di¢n tich hinh chit nhat: S = dai x rong

d) Dién tich hinh thoi: S = % (chéo dai x chéo ngin)
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e) Dién tich hinh thang: S = % (day 16n + day nho) x chiéu cao

f) Dién tich hinh binh hanh: S = day x chiéu cao
g) Dién tich hinh tron: S = 7R’

ON TAP 2: KIEN THUC CO BAN HiNH HQC LOP 11
A. QUAN HE SONG SONG
§1.PUONG THANG VA MAT PHANG SONG SONG
1. Dinh nghia

DPuong thing va mat phé,ng goila| 4 // (p) a m(P) =y a
song song v&i nhau néu ching
khong ¢ diém nao chung. /
(P)
2.Cac dinh ly:
Dinh Iy 1: Néu duong thing a ac(a) _—

khong ndm trén mit phang (a) va|bjla (=a) (0’)
song song véi mot duong thing bc(a) / %/

\ ) A a 3
nao d6 nam trén ( ) thi @ song

song voi (0:).

Dinh Iy 2: Néu dudng thang a | (4 //(P)
song song voi mit phang (P) thi | J, (9)) =b/a
moi mit phang (Q) chira @ ma (P )“(Q):b

cit (P) thi cat theo giao tuyén

song song voi a .

Djnh Iy 3: Néu hai mit phang cit | ((P)n(Q)=b Y N\
mhau cung song song vOI mO| 4 py Ly

duong thang thi giao tuyén cia / b /
chung cling song song voi duong (Q) / a
thang do. 7

§2.HAI MAT PHANG SONG SONG
1. Dinh nghia:

Hai mat phéng duoc goi la song (P) // (Q) P (P)Q(Q) = D

song v&i nhau néu ching khong co

diém nao chung. D
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2. Cac dinh ly:

Dinh Iy 1: Néu mit phing (P) a,bc(P)

chira hai duong thang a, b cat nhau | anb =1 =(P)/(0)
va cung song song voi mat phang | 4 // (Q),b // (Q)

(Q) thi (P) va (Q) song song

v&i nhau.

Dinh Iy 2: Néu mét dudng thang | (P) /(0)

song thi song song v4i mit phang
kia.

Dinh Iy 3: Néu hai mat phang (P) | (P) //(Q)
va (Q) song song thi moi mait (R)n(P)=ar=a /b
phing (R) da cét (P) thi phai cét | (R)n(Q)=b

(Q) va cic giao tuyén cia ching A"

b
song song. '

.1

nam mot trong hai mat phang song Qe ( P) } =a (Q) E

4\ Al
]

B. QUAN HE VUONG GOC

§1.PUONG THANG VUONG GOC VOI MAT PHANG
1. Dinh nghia:

Mot dudng thing duoc goi 1a | ¢ 1 (P)eale,Vec(P)
vudng goc v6i mot mat phang néu
n6 vudng goc vi moi dudng thing

nam trén mat phang do. ‘y

2. Cac dinh ly:

Dinh Iy 1: Néu duong thang d | d La.d Lb
vudng goc voi hai dudng thang cit a,bc(P) (=d1(P)
nhau @ va b cung nim trong mit

. , anb =
phing (P) thi duong thing d

vudng goc véi mit phang (P).

Dinh Iy 3: (Ba duong vuong goc) | a £ (P),bc(P)
Cho duong thang a khong vudng blaebla'

gbc véi mat phang (P) va duong

thing b ndm trong (P) Khi do,
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diéu kién can vadu dé b vudng goc
voi a la b vuong goc véi hinh

chiéu a' cta a trén (P).

§2.HAI MAT PHANG VUONG GOC

1. Dinh nghia:

Hai mit phang duoc goi 1a vudng goc v6i nhau néu goc giira chung bang 90°.

2. Cac dinh ly:

Dinh I 1: Néu mot mit phing
chira mot duong thang vudng goc
v6i mot mat phang khéc thi hai mat
phang d6 vudng goc véi nhau.

al(P)
ac(Q)

}:«Qmm

Dinh Iy 2: Néu hai mit phang (P)
va (Q) vudng goc v6i nhau thi bt
cr duong thing a ndo niam trong
(P), vudng goc véi giao tuyén cia
(P) va (Q) déu vudng goc véi
mat phang (Q) .

(P)L(0)

(P)m(Q):d :aJ_(Q)

ac(P),aJ_d

Dinh Iy 3: Néu hai mit phang (P)
va (Q) vuéng goc v6i nhau va A4
la mot diém trong (P) thi duong
thang a di qua diém A4 va vudng

goc voi (Q) s& ndm trong (P)

(P)L(Q)
Ae(P)
Aeca

al(Q)

:>ac(P)

Dinh Iy 4: Néu hai mit phang cat
nhau va cung vuéng goéc voi mat

(P)n(Q)=a

¥ - e . | (P)L(R) (=al(R)
phang thu ba thi giao tuyén cua
chung vudng goéc voi mit phing (Q)J-(R)
thit ba. M /
R
§3.KHOANG CACH
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1. Khoang cach tir 1 diém téi 1 dwong thang, dén 1
mit phing:
Khoang cach tir diém M dén duong thang a (hoic

dén mat phang (P)) 1a khoang cach giira hai diém M

va H, tr?ng d6 H 1a hinh chiéu wcﬁa diém M trén '>I>-I/‘ iy

dudng thang a (hoac trén mat phang (P)) a P
d(0;a)=0H;d (0;(P)) =OH

2. Khoang cach giira dwong thing va mit phing
song song:

Khoang céch gifta duong thing @ va mit phang (P)

song song v&i a la khoang cach tir mot diém nao do -
cuia a dén mit phing (P). p H /
d(a;(P))=OH

3. Khoang cach giira hai mit phing song song: o
1a khoang cach tir mot diém bét ky trén mit phang nay A /
dén mit phang kia.

d((P):(Q))=0H

4.Khoing cach giira hai dwong thang chéo nhau:
1a d6 dai doan vudng goc chung cua hai dudng thang
do.

d(a;b)=AB

§4.GOC

1. Géc giira hai dwong thing a va b
1a goc giita hai dudng thing a' va b' cung di qua mot a a!
diém va lan lugt cung phuong véi a va b.

BAN KHONG THE THAY DOI DiCH DEN NEU BAN KHONG
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2. Goc giira dwong thang a khong vudng géc véi :/
mit phéng (P)
1a goc gitta a va hinh chiéu a' cta noé trén mit phing

no6i rang goc gitra dudng thang ¢ va mit phang (P)

(). 2T
Dic bigt: Néu a vudng goc voi mit phang (P) thi ta P a’

la 90° .
3. Goc giira hai mat ph:‘ing ‘ /
la goc gitra hai duong thang lan lugt vudng goc véi hai
mat phang do. P
Hoidc 1a goc gitra 2 duong thiang nam trong 2 mat %\J/b T
phang cing vudng goc véi giao tuyén tai 1 diém
L P &

4. Dién tich hinh chiéu: Goi S 1a dién tich cua da s
gidc (H) trong mat phang (P) va S' 1a dién tich
hinh chiéu (H"') cua (H) trén mit phing (P') thi:

S'=Scosp
N 4 C
trong d6 ¢ la goc gitra hai mat phang (P) va (P'). A w
B

ON TAP 3: KIEN THUC CO BAN HINH HQC LOP 12
A.CAC CONG THU'C THE TiCH CUA KHOI PA DIEN:

1. Thé tich khéi ling tru:
V=S.h
Trong do: S : Dién tich da gidc day.
h : Budng cao cua hinh lang tru.

a) Thé tich khoi hop chiv nhdt:
V =ab.c ;

Vo1 a,b,c la ba kich thudc B | C’
|
|

N
b‘
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b) Thé tich khoi ldp phwong: A D’
V=a

B’ L

vo1 a la d dai canh

S

|
|
|
|
|
|
ay L _
7
7

2. Thé tich khdi chép:
V= 1 S.h
3
Trong do: S : Dién tich da giac day.
h : Budng cao cua hinh choép.

3. Ti s6 thé tich tr dién: s
Hai khdi chop S.4BC va S.MNP c6 chung dinh §
va cac goc ¢ dinh S . Khi do: M

Ve se SA SB SC

4. Thé tich khdi chép cut: N B

V=E(B+B'+\/BB‘) / ?(C' \

3

Trong do: B, B': Dién tich hai day. A B
h : Chiéu cao.

Chii y:
1/ Pudng chéo clia hinh vudng canh a 1a d =a~/2,
Puong chéo cua hinh 1ap phuong canh a 1a d = a3,

Puong chéo cua hinh hdp chir nhét ¢ ba kich thudc a,b,c 1a d =~a’ +b° +c* |

2/ Pudng cao cia tam gidc déu canh a 13 7= %

3/ Hinh chop déu 12 hinh chop co ddy 1a da gidc déu va cac canh bén déu bang nhau ( hoidc co day 1a da giac déu,
hinh chiéu cta dinh trung voi tim cta day).

4/ Lang tru déu 1a lang tru dimg c6 day 1a da giac déu.
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PHAN DANG BAI TAP

A.LOAI 1: THE TiCH LANG TRU

1. Dang 1: Khdi ling tru dirng c6 chiéu cao hay canh day

Vidu 1. Cho (H) la khbi ling tru dimg tam giac déu co tat ca cac canh bang a . Thé tich ctia (H) bang:

3 3 3 3
AL B O3 c &¥3 p V2
2 2 4 3

Huwéng din gidi:
3 A’ (o
V=Sg..A4'="2 V3
4
BY
A K"7C
B

Vidu2. Cho ling tru dng ABC.A'B'C’' ¢6 AA' =a, tam giac ABC déu canh «. Tinh theo a thé tich cua
khéi ling tru ABC.A'B'C’ .

3 3 3 3
a \/5 a \/5 a \/5 a
A. Viscape =———- B. Viscape =—5—- C. Viscape =——- D. VABC.A’B’C' =
12 8 4 6
Huwéng din gidi:
2 3 4 B
a3 , a3
Spe=—"—h=AA"=a=V =8 ,,.h=——
4 4
C
A‘x“ 7 B’
C'

Vidu3. Cho lang try ding ABC.A'B'C’ ¢6 day ABC 1a tam gidc vudng, BA = BC = a, AA' = a~/2 . Tinh theo
a thé tich ctia khéi lang tru ABC.A'B'C’ .

2.4 2.4 2.4 a’

D. VABC.A’B’C’ =

A Viscawe = T B. Viscawe = T C. Viscasc = T ?

Huéng din giai:
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1 a3\/§ B’ C’
2

V= EAB.BC.AA' =

A’

A

Vidu4. Lang tru ding ABC.A'B'C' ¢6 day ABC la tam giac vuong tai A, BC =2a, AB =a. Mat bén
(BB’C’C ) 1a hinh vuéng. Khi d6 thé tich ling tru la:

3
A.a;/g. B. &’2. C. 24°\3. D. &’\3.
Huwéng din gidi:
Ta c6: BB'C'C la hinh vudng B! c’
h=BB'=2a
AC=+BC*-4B* = a3 1

1 a2\/§
2

= S50 = AB.AC =

B U C
=Viscrge = BBS jye = a3\/§ \/

A

Vidu 5. Day cua lang tru ding tam giac ABC.A'B'C" la tam giac ABC vudng cantai 4 c6 canh BC = a2
va biét A'B =3a . Tinh thé tich khéi ling tru.

A a. B. &’\2. C. a’\3. D. 24°.
Huéng din giai:
AABC vuong cantai A nén AB=AC=a A’ fol
ABC.A'B'C" 1a lang try diing
= AA' L AB
= AA'=~\A'B* - AB* = 2a\2 7

=V =Bh=58,,.A44'=d’\2
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Vi du 6. Day cia liang try ding tam giac ABC.4'B'C" 1a tam giac déu canh a =4 va biét dién tich tam giac
A'BC bang 8. Tinh thé tich khdi lang tru.

A.&. B 3. C. 8/2. D. 8.
3 3
Huwéng din gidi:
Goi / 1a trung diém BC .Ta c6: A’ c'
AABC déu nén
\\\
a1="B3 5 5 Bo= a1 L sC oY
1 28 O
_ ' vy _ “PuaBC _ \
Sine =5 BCAT = A' == =4 BN
AA' L (ABC)= A4A4'L Al v
€ —— \— — C
A=A P~ Ar* =2 4 1
= Vipcapc = SABC'AA' = 8\/5 B

Vidu 7. Cho lang tru t gidc déu ABCD.A'B'C'D' ¢6 canh bén bang 4a va dudng chéo 5a . Tinh thé tich

khéi ling tru nay.
A. 9. B.9. C.3a’. D. 3.
Huwéng din gidi:
ABCD.A'B'C'D" 1alang tru dtng nén BD =~/BD"”~DD" =3a A’ D'
N A 3a y/
ABCD 13 hinh vuong = AB=— I
8 \/5 B’ ] Z /,
04 | L7 (ol
Suy ra B:SABCD:% I /
Ay, L
' D
=V=Bh=S,.,A4'=9a’ X
B Cc

Vidu 8. Cho hinh hop ding ABCD.A'B'C'D' ¢6 ddy ABCD 1la hinh vudng, tam gidc 4A’AC vudng can va
A'C =a . Tinh theo a thé tich ctia khdi hop 4BCD.A'B'C'D'.

a2 a2 a2 a2

AV pep amcn =—24 . B. Vawizer =——- C. Vipepsncn =—16 . D.Vipepapep = s

48

Huwéng din gidi:
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AC=a=>AC=A4'- -~ —~ 4p-4

2 2

B’ fold

Vidu 9. Cho hinh hop dimg c6 day 1a hinh thoi canh a va c6 goc nhon bang 60°. Puong chéo 16n cua day
bang duong chéo nho ciia hinh hop. Tinh thé tich hinh hop .

a*\/6 a*\3 a*\/6 a*\3

A. B. C. . D.
2 2 6 6
Huéng din giai:
2 ' ,
Ta c6 tam gidc ABD déunén BD =a va S sep =28 5 = # Al D
\ I /%
Theo dé bai BD'= AC =a+/3 s N7
as\/g | /' c’
DD'=~BD"-BD* =a\2 =V =5,,.,,.DD' = . e
A}7/\_ ———|-—4p
V4 ~
” SO
B C

Vi du 10. Mot tAm bia hinh vudng c¢6 canh 44cm , ngudi ta cit bo di & mdi goc tAm bia mot hinh vudng canh
12¢m 16i gap lai thanh mot cai hop chit nhat khong ¢6 nap. Tinh thé tich cai hop nay.

A. 1200cm’ . B. 1600cn’ . C. 2400cm’ . D. 4800cm’.
Huwéng din gidi:

Theo dé bai, ta ¢c6: 44'=BB'=CC'=DD'=12cm A’ D’
nén ABCD la hinh vudng. |
AB=44 cm—-24 cm =20 cm;h =12 cm B’ ;
=V = S, 1yeph = 4800cm’ | ¢

A}_ ——— =1 —$p

/

/
B C

2. Dang 2: Ling tru ditng c6 géc giira dwong thing va mit phing
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Vidu 1. Cho lang tru dung ABC.A'B'C’ ¢6 day ABC la tam giac vudng can tai B, BA=BC=a, A'B hop
v6i mat day mot goc 60° . Tinh theo a thé tich ciia khdi lang tru ABC.A'B'C’".
a*\3

_ _ 3 _ 3 _ 3/
A. Vigc awc = 7 B. Vigcawc =a \/g C. Vigcage =@ - D. Vigcager =5a°N2 .

Huéng din giai:

AA' L (ABC) = (A44',(ABC))=(A'B,AB)= ABA'=60° 45 ¢’

3
= AA'= AB.tan60° = a3 =V :%.AB.BC.AA': - f /

B

Viduy 2. Cho lang try dung ABC.A'B'C" c¢6 day ABC la tam giac can tai C, goc gitta BC' va (ABB'A") bing
60°, AB= AA'=a. Tinh theo a thé tich ctia khoi lang try ABC.A'B'C’.

\/E.cf \/ﬁ.cf 154° 184°
AV ipeape = T B. Viscasc = 4 C. VABC.A’B’C’ =T D. VABC.A’B’C’ = -

Huwéng din gidi:
Goi M 1a trung diém cta A'B'.
= C'M L(ABB'AC)
= (BC',(ABB'4"))=(BC',BM )= MBC'=60°
— MC'=+BB”+MB" .tan60° =< 215

a*\15 . a*15
4

=>V=8,p0.44"=

= SA'B'C' =

Vidu 3. Cho ling tru dtng ABC.A'B'C' ¢6 day ABC la tam gidc vuong tai 4, AC = a, ACB = 60°, gbc giita
BC' va mit phiang (44'C’C) bang 30°. Tinh theo a thé tich cta khi lang tru ABC.A'B'C’ .

AV ipcane = as\/g. B. Viscane = aS\/g- C. Viscanc = 2\/5513- D. Vipcswe = aS\/g-
Huéng din giai:
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AC=a= AB=a\3,BC =2a B! c’
AB 1 (44'C'C) o
S A’ /
= (BC',(44'C'C))=(BC',AC")= AC'B =30° s
— AC'=3a= CC'=JAC"— AC* =242 1
/7

~v=L4Baccc =6 Vo _L___d

2 B /C

Vidu 4. Cho lang tru ding ABCD.A'B'C'D' ¢6 day ABCD la hinh vudng canh a va duong chéo BD' cua
lang try hop véi ddy (4BCD) mot gée 30°. Tinh thé tich cua khdi lang tru ABCD.A'B'C'D'.

a3 a*\2 a6

AV pop amen = - B. Vo ancen = — = g D. Két qua khac.

Huwéng din gidi:
DD' 1 (ABCD) 4 D
= (BD';(ABCD))=(BD',BD)= DBD' =30° !

:DD’:BD.tan30°:§ T~

!
| ~
08 Y e

Ve
/

DD'=

ABCD*
3

=V=_S

Vidu 5. Cho hinh hop dimg ABCD.A'B'C'D' ¢6 &4y ABCD la hinh thoi canh a va BAD = 60°. Bibt AB' hop
v6i day (ABCD) mot goc 30°. Tinh theo a thé tich ctia khéi lang tru ABCD.A'B'C'D'.

a’ @3
AV sepapen = 7 B. Viscoascen = as\/g. C. Viscpaper = a’. D. Vo anep = T
Huwéng din gidi:
BB' 1 (ABCD) A D
' _ ' PR _ o /1
= (A4B",(ABCD))=(AB',AB)=BAB'=30 i .
L
:>BB'=AB.tan30°:¥ /!
/
: O
=V =S8,,.,BB'=2S,,, BB'=— 1,7
2 17
B CY
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Vidu 6. Cho lang tru tir giac déu ABCD.A'B'C'D’ c6 canh day bang a , goc giita AC' va mit phing (BCC'B')
bang 30°. Tinh theo @ thé tich ctia khi ling tru ABCD.A'B'C'D’ .

\/EaS . 3

_ 3 _ 3 _ _
AV e ppe =24° . B. Ve ppe =24 C. Ve ymer = : D. Vo ypo =@

Huwéng din gidi:
AB 1 (BCC'B") 4 D
= (AC",(BCC'B"))=(AC',BC")= AC'B=30°
= BC'= AB.cot30°=a 3
= BB'=\BC"-B'C” =a\2 )N S

=V =S8,,BB'=a’\2 , .

Vidu 7. Cho lang tru t&r giac déu ABCD.A'B'C'D’ c6 canh day bing a, dudng chéo AC' tao véi mit bén
(BCC'B") mot goc (O <a<45° ) Khi d6, thé tich khéi ling tru bang:

A. a’\eot* e +1. B. a’ cot2e . C. a’Jcot*a—1. D. &’vtan*a-1.

Huwéng din gidi:

AB 1 (BCC'B") ) ]

= (AC',(BCC'B'))=(AC,BC")=AC'B=a ; E\\ )

— BC'= AB.cota = BB'= axcot’ a—1 | \\\

:VZSABCD.BB':fm /,’iﬁ "“\?\‘-— D
P v

3. Dang 3: Ling tru dimng c6 goc giira hai méit phing

Vidu 1. Cho lang tru dtng ABC.A'B'C" ¢6 day ABC la tam giac vuong can tai B, BA=BC=a, A'B hop
v6i mat day mot goc 60° . Tinh theo a thé tich cta khéi lang tru ABC.A'B'C’.

a3

— — _ 3 _ 3
AVicave=—— B Vucme=a V3. CViyeypeo=a. D. Ve ppe =582 .

Huéng din giai:
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AA' L (ABC)=>(A4,(ABC))=(A'B,AB)= ABA'=60° c

3
:AA'=AB.tan60°:a\/§:>V:%.AB.BC.AAE& /

B

Vidu 2. Cho lang try ding ABC.A'B'C" ¢6 day ABC la tam giac cantai 4, AC =2a, CAB =120°, goc gilra
(4'BC) vamit phang (ABC) bing 45°. Tinh theo a thé tich cua khdi lang tru ABC.A'B'C’.
A Vipcame = a3‘/§ . B. V. scamc = 3a3‘/§ .
Huwéng din gidi:
Goi M la trung dieém cua BC.
AM = AC.cos60°=a

C. Visc.anc =3 D. V. cipe = 24°3.

BC = AC? + AB* =2 AB.AC.cos120° = 2a+/3
A'M 1 BC,AM 1 BC

= ((4'BC),(ABC))=(A'M,AM )= AMA' = 45°

— AA'= AM =a:>V=%BC.AM.AA'=a3\/§

Vidu 3. Cho ling tru dtmg ABC.A'B'C" c6 ddy la tam giac déu canh a. Mat phing (4B'C") tao voi mit ddy
goc 60°. Tinh theo a thé tich lang tru ABC.A'B'C".

3 3 3 3
INE B, y_3a3 cy-aV3 p. =303
2 4 8 8
Huwéng din gidi:
Goi M 1a trung diém B'C' A C
—A'M LB'C' N
— \
=60° = ((4B'C"),(4'B'C"))=(AM,A'M ) = AMA’ \\\\ .
3 3 ‘N
AM =2 4= 4 M tan aMA' =22 AN
2 2 NEN
a*\3 . 3d°\3 h
SAA'B'C' = 4 :>V:SAABC'AA = 3 == \T N C
M

B'
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Vidu 4. Cho ling tru tam giac déu ABC.A'B'C’ c6 canh day bang a. Goc giira hai mit phang (A'BC) va
(ABC) bang 30°. Tinh theo a thé tich ctia khéi lang tru ABC.A'B'C’.

a’f3 a’f3 a a’f3
A Viscawe = 0 B. Viscawe = 0 C. VABC.A’B’C' =5 D. Viscawe = 0
8 4 2 2
Huéng din giai:
Goi M 1a trung diém cua BC. Al c’
= A'M 1 BC,AM 1 BC N
' _ ' A o A\ B
= ((4'BC),(ABC))=(A'M,AM )= A'MA =30 "N
3 \ N
— AA'= AM.tan30° =2 =V =5 ..44'=2 3 NN
2 8 AR NN
ARS < —_ \ C
B M
B

Vidu 5. Cho hinh lang try ding ABC.A'B'C' ¢6 ddy ABC 1a tam giac vudng tai B, BC =a, mit phing
(A'BC) tao véi day mot goc 30° va tam gidc 4'BC co dién tich bing a’/3 . Tinh thé tich khéi ling
tru ABC.A'B'C".

NS g, 328 ¢ 328 p, 3238
8 4 8 2
Huwéng din gidi:

BC 1 AB
BC 1 AA'
BC L AB c(ABC)
BC L A'Bc(A'BC)
BC =(4BC)n(A'BC)

= ((4BC),(4'BC))=(AB,A'B) = ABA'

CV

}:BCLA'B

2.8,, a’
SAA'BC :%A'B.BC:> A'B= %éBC = 2 aa\/g = 20\/§

AB = A'B.cos ABA' = 2a~/3.cos30° = 3a; AA' = A' B.sin ABA' = 2a~/3.sin 30° = a/3

3
Vipespe =Bh=S podA' = %.AB.BC.AA' = %.3a.a.a«/_ = 3“2‘/5
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Vidu 6. Cho lang tru tir gidc déu ABCD.A'B'C'D' c6 canh ddy bing a, mit phang (BC'D) hop véi ddy
(ABCD) mt goe 60°. Tinh theo a thé tich ctia khéi lang tru ABCD.A'B'C'D'.

613\/8 613\/§ 613\/8 z R ,
AV pepawen = 6 B. Viseo amen = 5 C. Visep apen = 5 D. Két qua khac.
Huéng din giai:

Goi [ 1a trung diém cua BD. A’ D’

= AC L BD,C'I 1. BD

(BC'D)n(ABCD)=BD ya /

= ((BC'D);(ABCD))=(AC,C'T)=CIC'=60° | P

/s
/
Al Z -
cr=Luc="2 = ccr=cran60°= DO A Ty
2 2 2 /; - -
3 "//
:VzSABCD.CC':a;/E B C

Vidu 7. Cho hinh hop chit nhat 4BCD.4'B'C'D'. Mit phang (4'BC) hop véi ddy (4BCD) mot goc 60°,
A'C hop véi day (ABCD) mdt goc 30° va 44'=a/3 . Tinh theo a thé tich khdi hop.

2a3\/g

A V=246 B.V="0m C.V=242. D.V=d.
Huéng din giai:
AA' 1 (ABCD) A’ D’
=30 =(4'C,(4BCD))=(4'C,AC)=4'CA 11\ o
. B
= 60" =((4'BC),(ABCD))=(A4'B,AB)=A'BA /1N
: . /o N
AB:A—L=a;AC=L=3a / A).<__\\____.
tan A' BA tan A'CA AV AOENURN D
/
BC =~ AC? - AB* =2a~2;S ., = AB.BC = 2a*\2 | 7 ~
c

= Visco.apcp =Spep-A4'= 2a3\/g

4. Dang 4: Khoi ling tru xién

Vidu 1. Cho ling tru ABC.A'B'C’' c¢6 ddy ABC la tam gi4c déu canh a. Biét canh bén bing a~/3 va hop véi
day (ABC) mot goc 60°. Tinh theo a thé tich clia khdi lang tru ABC.A'B'C’.

a3\/§ B 3a3\/§ 5a3\/§
— —8 .

A. Viscase = . B. Viscame = 3

: D. Bép an khac.

C. Viscame =

Huéng din giai:
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Ké 4'H 1 (ABC) c B’
= (A44',(ABC))=(AA', AH )= 4" AH = 60°
3
= A'H = AA"sin60°= 2 =y =S, A'H =2 V3
2 8
C B
A

Vidu 2. Cho ling try ABC.A'B'C’ ¢6 diay ABC la tam giac déu canh a, diém A' cach déu ba diém 4,B,C.
Géc gitta AA4' va (ABC) bang 60°. Tinh theo a thé tich cta khéi lang tru ABC.A'B'C’.

3a3\/z a3\/§ a3\/§ 5a3\/§
A. Viscape =——- B. Vigcupe =—5—- C. Viscaper =——- D. Visespe =—-
4 2 4 4
Huéng din giai:
Goi G 1a trong tdm ctia AABC = A'G L (ABC) c B’
= (A44',(ABC)) = (44", AG) = GAA' = 60°
3
= A'G=AG.tan60°=a =V =5,,..4'G=12 f
C B
A

Vidu3. Cho lang tru ABC.A'B'C' ¢6 ddy ABC 1a tam gidc vudng can tai B, AC =2a; canhbén A4 =2a
. Hinh chiéu vudng goc cia 4’ trén mit phang (4BC) la trung diém canh AC . Tinh thé tich ¥ cua
khéi lang try ABC.A'B'C’.

1 a’ B \/§a3

A V==ad. B.V="—. C.V=d. D.V
2 3 3

Huwéng din gidi:
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Vi ABC 1a tam giac vudng can tai B nén trung tuyén A’ c
BH cling la duong cao cua no6 va
AH=NA'A4 - AH* =\2d* -d* = a
1 aN_|” [--78
Viscage =AH-S 5 = A'H'EBH'ACZ a’ A
c

Vidud. Cholangtru ABC.A'B'C’ c¢6 day ABC la tam giac déu canh «, hinh chiéu vudng goc cia A' 1én mit
phang (ABC) trung v6i tdm O cia tam gidc ABC. Tinh theo a thé tich ctia khéi ling tru
ABC.A'B'C’, biét khoang cach gilta 44" va BC la %.

a3\/§ as\/g 403\/§ A 2 Z

A. VABC.A’B’C’ = T 5 B. VABC.A’B’C’ = T 5 C. VAEC.A’B’C' = T 5 D. Két qua khac.

Huéng din giai:
Goi M la trung diém ctia BC = BC L (AA'M) c B’
Goi H 1a hinh chiéu cia M 1én A44'

= HM =d

(44'8C) =

%:sinmw:

5E
N | =

— A4'40=30°= A'0 = AO.tan A' AO =

a*\f3

12

a
3

=V =8,.4'0=

Vidu5. Cho ling tru ABC.A'B'C’ ¢6 diy ABC la tam giac déu canh «. Hinh chiéu vudng goc cia A' trén
(ABC) 1a trung diém ctia BC, goc giita canh bén va miat day bang 30°. Tinh theo a thé tich cua
khdi lang try ABC.A'B'C’.

a3 a3 a3 a3

4 B. VABCAA'B'C’ = 3 C. VABCAA'B'C’ = 7 D. VABCAA'B'C’ = T

A. VABCAA'B'C’ =

Huwéng din gidi:
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Goi M 1a trung diém cua BC

o B’

= A'M 1 (A4BC)

= (A44',(ABC))=(44',AM )= A' AM =30°

3
= A'M = AM.tan30°=2 =V =S, . A'M="2 3
2 8
C B
A

Vidu 6. Cho lang tru ABC.A'B'C’ ¢6 day ABC la tam giac déu canh 2a. Hinh chiéu vudng goc ctia A' trén
(4BC) la trung diém cia 4B, goc gilta mit phang (A44'C'C) va mat ddy bang 60°. Tinh theo a
thé tich cta khéi lang try ABC.A'B'C’.

3a3\/§

2

A Vioasc = 2a3‘/§ . B. Viscame = 3a3‘/§ . C. Viscuwc = D. Viscape = as\/g .

Huéng din giai:
Goi M 1a trung diém cua 4B, ké MH 1 AC

CI
= A'M 1 (A4BC)
= ((ACC'4'),(4BC))=(A'H,HM )= A'HM = 60°
2
Sipc = a*3; S e :lAC-MH = lSA}E:C = ﬁ
2 2 2
:MH:%:A'M:MH.tan6O°:37a c -
3 H _
V=S, AM =2 3 v

2

Vidu 7. Cholangtru ABC.A'B'C' c¢6 AA' = a 410 ,AC =a~2,BC = a,ﬁ =135°. Hinh chiéu vudng goc ciia
C’ 1én mat phang (ABC) trung véi trung diém M cua AB. Tinh theo a thé tich cua khdi lang try
ABC.A'B'C'.

a3\/g 3a’

B. Viscapc = T C. Vipcapc = ? D. Ve ape = 3‘13‘/3'

3
A. VABCAA'B'C' =a .

Huéng din giai:
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AB =\ AC> + BC>—2AC.BC.cos ACB = a5 A 4
2(AC> + BC?)- AB '
:>MC:\/( 2 ) =%

= MC'=y/CC*-MC* = —“*f

3
—~V :%AC.BC.sinBS".MC':%

Vidu 8. Cho lingtru ABC.A'B'C’ c¢6 d6 dai canh bén bang a , ddy ABC 13 tam giac vudng tai C, BAC = 60°
, gbc gilta BB' va (ABC) bang 60°. Hinh chiéu vudng goc ctia B' 1én (4BC) trung véi trong tam
ctia tam gidc ABC . Tinh theo a thé tich ctia khdi ling tru ABC.A'B'C’.

274’ 274’

73a’ 274°
A Ve ape = ﬁ  Viscawe = m C. Vigcupc = ﬁ D. Ve ape = W
Huéng din giai:
Goi G la trong tam AABC, M 1a trung diem AC= B'G L (4BC) A’ B’

= (BB",(4BC))=(BB',BG)=B'BG =60°

:>B'G:BB'.sin60°:#,BGzBB'.cos60° :%

AC = AB.cos60° :%,BC: AB.sin 60° :&\5

A B
AB\3
S i5c :T M
3 3a Z(ABZ+BC2)—AC2 ABJ13 3a ¢
BM =2 BG=—"-= = = AB=——
2 4 4 4 J13
943 . 274’
SABC:W:V:SABC'B G: 208

Vidu9. Cho hinh hop ABCD.A'B'C'D' ¢6 day ABCD 1a hinh chit nhat véi AB =+/3, AD =+/7 . Hai mit bén
(ABB'A4") va (ADD'A'") lan luot tao véi dy cac goc 45° va 60°. Tinh theo thé tich ciia khdi hop
ABCD.A'B'C'D' biét canh bén bang 1.

Al B.3. C.6.
Huwéng din gidi:

D. 9.
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Ké A'H L (ABCD),HM 1 AB,HN 1 AD A’
— A'M 1 AB,A'N | AD = A'MH =45°,4'NH = 60° f
bat A'H = x. Khi do: B' /|
_ 442 ! |
AN=— 2% N JAd AN = P2 gy P
sin 60° \/3 3 A N
Ma HM = x.cot45° =x %_ :'y"—
3-4x* / H
> X= y
B

= VABCD.A'B'C'D' = AB-AD.X =3

Vidu 10. Cho lang tru ABCD.A'B'C'D' ¢6 day ABCD 1a hinh chit nhat tam O va AB=a, AD = a\/g; A'O
vuong goc voi day (ABCD). Canh bén AA' hop v6i mit day (ABCD) mot goc 45°. Tinh theo a
thé tich khéi lang tru da cho.

B a3 a3 B a’\J6

B. V= C.V=

) ) D. V=d’3.
6 3 2 V3

Huwéng din gidi:
S pep = AB.AD = a’\3

AC =+ AB* + AD? :2a:>AO:§=a

A'0 L (ABCD)
= 45°=(A44",(ABCD)) = (44',40)= 4' 40
A'O=A40=a="V ycp ypcp =Spep-A'O= a3\/§

B. LOAI 2: THE TiCH KHOI CHOP
Mt 56 hinh chdp dic biét:
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* Hinh chdp tam gidc déu: S
Hinh chdp tam gidc déu:
—  Day la tam giac déu.
— (Céac mat bén la cac tam giac can.
Hinh tir dién déu:
—  Pay la tam giac déu.
—  Céc mit bén 1a cac tam giac déu. A
Cach ve:
~ Véday 4BC. 4
— Vétrung tuyén AI . B
— Dung trong tam H .
— V& SH L(4BC).

—  SH 1a chiéu cao cta hinh choép.

— Goc gitlta canh bén va mat day: SAH =a.

— Goc gitra mat bén va mat day: SIH = p.
* Hinh chép tir gidc déu:

Hinh chép tik gide déu:

— Day la hinh vudng.

— Céac mat bén la cac tam giac can.
Cach ve:

— Veéday ABCD.

— Dung giao diém H cua hai duong chéo AC va BD.
~ V& SH 1 (ABCD).

—  SH 1a chiéu cao ctia hinh chop.

— Goc gitlta canh bén va mat day: SAH =a.
— Goc gitra mat bén va mat day: SIH = p.

* Hinh chdép co mot canh bén vuong goc voi day:
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— SAL1(4BC). S

— Goc gitra canh bén SB va mat day: SBA=a.
— @Goc gitta canh bén SC va mat day: SCA = g.

— SAL(ABCD).

— Goc gitra canh bén SB va mat day: SBA=a.
— Goc gilra canh bén SC va mat day: SCA = b
— Goc gilra canh bén SD va mat day: SDA = V.

Chu y:
a) DPuong chéo cua hinh vuong canh a 1a d = a2
DPuong chéo cua hinh 1ap phuong canh a 1a d = a3
Puong chéo cuia hinh hop chit nhat ¢6 3 kich thudc a,b,c 1a d =~ a’ +b* +c* .

a3
-

b) Duong cao clia tam gidc déu canh g 1a s =

¢) Hinh chép déu 1a hinh chép c6 day 1a da giac déu va cac canh bén déu bang nhau ( hodc c6 day 1a da giac
déu, hinh chiéu cua dinh tring v6i tim cua day).

1. Dang 1: Khéi chép cé canh bén vudng goc véi day

Vidu 1. Cho hinh chép S.ABC SB=SC=BC=CA=a.Hai mit (ABC) va (ASC) clng vudng goc véi
(SBC). Thé tich khoi chép S.ABC bang:
a3 a3 a3 a3

A. Vs 4sc :T- B. Vs s5c :T- C. Vs isc :T- D. Vs 4zc :T

Huéng din giai:
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(ABC) L(SBC),(ASC) L(SBC)=>AC L(SBC) a

a3

12

, 1
SB=SC = BC = ASBC déu=V ==.Sy.CA=

Vidu 2. Cho hinh chép S.ABC cé day la tam gidc vuong tai B, AB=a, AC = ax/§ , canh bén S$4 vuong goc
v6i mat phang day, SA = a2 . Tinh theo a thé tich cta khéi chop S.4ABC.

a3 a a2 a3
A. VS.ABC :T- B. VS.ABc = ? C. VS.ABM :T- D VS.ABM :T-
Huwéng din gidi:
> > 11 a s
BC=AC* - AB* =a\2 :V:E.E.AB.BC.SA:?
AR~ ¢

B

Vidu3. Cho hinh chép S.ABC c6 day 1a tam giac déu canh a, canh bén S4 vudng goc véi day va SB=2a .
Tinh theo a thé tich ctua khdi chop S.ABC.
3 3 3 3

a a a a
A. VS.ABC :Z- B. VS.ABC :?- (Ce VS.ABC :?- D. VS.ABC :7-
Huéng din giai:

SA=+/SB* -~ 4B* = a3 g

1 1 azx/g a’
=V==S5,.S4=—. a3 ="

3T AEe 37 4 4

4 c
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Vidu 4. Cho hinh chép S.ABC c6 day la tam giac vudbng can tai B, AC = a . Biét bén S4 vudng goc véi day
va SB hop v6i day mot goc 60° . Tinh thé tich cua khéi chop S.4BC.

3 3 3 3
NG B O3 c a6 p O3
8 8 24 24
Huéng din giai:
SA L (ABCD) s
= (SB,(ABCD))=(SB,AB) = SBA=60°
2
AB:BC:&;SABC L yppc-2
2 2 4
3
SA:AB.tansoozﬁz :lSABC,SA:ﬂ
2 3 24 g — = c

Vidu5. Cho hinh chép S.4BC c¢6 day ABC 1a tam giac déu canh a . Biét S4 vudng goc voi day (ABC) va
(SBC) hop véi day (ABC) mot géc 60° . Tinh thé tich hinh chép.

AR B V3 c. 33 p V3
8 4 8 2
Huwéng din gidi:
Goi M 1a trung diém BC .Ta c6: S,
AABC déu nén
AM 1 BC = SA 1 BC

= ((SBC).(4BC)) = SMA =60°

3
SA = AM.tan60°:37a:> V:%SABC,SA :%

Vidu 6. Cho hinh chép S.ABC c6 mat bén SBC la tam gidc déu canh a, canh bén S4 vuong goc voi mat
phing day, gobc BAC bang 120°. Tinh theo a thé tich ctia khéi chép S.ABC.

V2.4 V2.4 V2.4
—

A. VS.ABC = 36 B. VS.ABC :T- C. VS.ABC =

. VS.ABC =

V2.4
-
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Hwéng din giai:
SB=SC= AB=AC = ABC cantai 4. s
C6 BC* = AB* + AC* —2.4B.AC.cos120°

— AB=AC="% “;/g

33 :SA=~/SB*> - AB* =

3
AB.AC.sin120°.54 =2 V2

=>V-= 1
2 36 c

1
3

Vidu7. Cho hinh chép S.ABCD c6 day 13 hinh chit nhat, 4B =ax/2, BC=a,SCA=60°, canh bén S4 vudng
gdc voi day. Tinh theo a thé tich cua khéi chép S.ABCD.
A Vs ipep = a2. B. Vs ipep = 3. C. Vs e =30’ D. Vs ep =24’

Huwéng din gidi:
AC = AB* + BC?;SCA = 60°

= S4=AC.tan 60° =3a

=V = %.AB.BC.SA -2

Vidu 8. Chohinhchép S.ABCD c6 ABCD 1a hinh vudng canh a, S4 vudng goc v6i mit phang day (ABCD)
va mat bén (SCD) hop v6i day mot goc 60° . Tinh thé tich hinh chép S.ABCD .

3 3 3
A. 3. B."f. c.“;/g. D."f.

Huéng din giai:
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SA L (ABCD);CD L AD = CD L SD
= ((SCD),(4BCD))=SDA=60°
SA = AD.tan 60° = a3

_@3

1
=V =S e $4=

Vidu 9. Cho hinh chép S.ABCD c6 ABCD 1a hinh vudng canh a, S4 vudng goc v6i mit phang day (AB CD)
. Bibt goc gitta SC va mit phang (ABCD) bing 60° . Tinh thé tich khéi chop S.4BCD.

J3d B 3z c V2d Jod’

. . . D.
6 3 3

A.

Huwéng din gidi:
AC = AB* +BC* =a\2
SAL(ABCD)=>SA L AC
= (SC,(4BCD))=5CA4 = 60°

%:tan60°:>SA:ACtan60°:a\/g

a*/6

3

=V = %SABCD.SA = %az.a\/— =

Vi du 10. Cho hinh chop S.4ABCD c6 day la hinh thang vuong tai 4 va D, AD=CD =a, AB =3a, canh bén
SA vubng goc v6i mit phang day. Goc gitta SC véi mat ddy bang 45°. Tinh theo a thé tich ctia khbi

chop S.ABCD.
a2 a 2832 @
A. VS.ABCD = T B. VS.ABCD :T- C. VS.ABCD :T- . VS.ABCD :?-

Huéng din giai:
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54 L (ABCD) = (SC,(ABCD))=(SC,AC)=5CA=45° S

— SA=AC =~ AD* +CD* = a2
2a3\/5

3 4 B

=V ==.—.(4B+CD).AD.SA =

11
32

2. Dang 2: Khoi chop c6 mét mit bén vudng géc véi day

Vidu 1. Cho hinh chép S.4ABC c6 day la tam giac vuong tai B, AC =2a, ACB=30°. Hinh chiéu vudng goc
ciia S 1én mit day 1a trung diém H cuacanh AC va SH = a2 . Tinh theo a thé tich cta khéi chop

S.ABC.
a6 a6 a6 a6
A. VS.ABC - 4 - B. VS.ABC = 5 - C. VS.ABC - L - D. VS.ABC = _ -
17 3 5 6

Huwéng din gidi:

AB = ACsin30°=a= BC=a\3 s
3
vt spacs=? Vo
32 6
A C
B

Vidu 2. Cho tir dién ABCD c¢6 ABC 1a tam gidc déu, BCD la tam gidc vudng cén tai D, (4BC)L(BCD)
va AD hop véi (BCD) mét géc 60° . Tinh thé tich ciia khdi tir dién ABCD .

a*f3 a*f3 a*\f3

5 B. V0 = — C. V iy = 3 D. V., =a’\3.

A. VABCD =

Huwéng din gidi:
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Goi H 1a trung diém cua BC. A
Ta c6 tam giac ABC déunén AH L (BCD)

((4BC),(BCD))= AH L(BCD)
AH L HD = AH = AD.tan 60° = a3

HD = AD.cot60°:&;BC:2HD - 2a+3
3 3 D — — »C
3

:V:lsBCD.AHJf 4

B

Vidu 3. Cho hinh chop S.4BC c6 day la tam giac vudng can tai 4, SC = 2a+/5 . Hinh chiéu vudng goc cua
S Ién (ABC) 1a trung diém M cta canh AB, goc giita dudng thing SC voi mit phiang ddy bang
60° . Tinh theo a thé tich cta khéi chop S.4BC.

24° \/E a \/E 24° 3a’ \/E
A. VS.ABC = . B. VS.ABC = . C. VS.ABC = - D. VS.ABC = .
3 3 3 2
Huéng din giai:
S
B1
c M
B A °C

SM L (ABC)=>(SC,(ABC))=(SC,CM )=5CM = 60°
= CM = SC.cos60° = a/5;SM = a\/15

3
%.AB.AC.SM _2a jﬁ

Tam giac MAC vuong tai A= AC=2a=V =

W | —

Vidu 4. Cho hinh chép S.ABC c6 day la tam gidc vudng can tai B, BC =a. Mat bén SAC vudng goc voi
day, cac mat bén con lai déu tao voi mat ddy mot goc 45° . Tinh thé tich cia khdi chop S.4BC.
@ a’\3 a’\3 @

A. Vsasc = T B. Vs upc = T C. Vs.apc = T D. Vs 45 = E

Huéng din giai:
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Ké SH 1 BC.Goi I,J lan luot 1a hinh chiéu cia H

S

trén AB va BC.

((SAC),(ABC)) = SH L (4BC)

ST | AB,SJ | BC = SIH = SJH = 45°

ASHI = ASHJ = HI = HJ

= BH la duong phan giac cua AABC

= H latrung diém cua AC. A C
a 1 a’

HI:HJ:SH:5:> Ve ise :gsABC.SHzE I 7

B

Vidu 5. Cho hinh chép S.ABC c6 day la tam giac vudng can tai A, AB = a,(SBC ) 1 (ABC ) Hai mat bén con
lai hop véi day mot goc 60° . Tinh theo @ thé tich ciia khdi chop S.ABC.

a3\/§ a3\/§ a3\/§ 7a° \/3

A. Vs e :7- B. Vs 4sc :T- C. Vs isc :T- D. Vs s5c = T

Huéng din giai:

S

B
H
B c D
D E
A A 7 >C

Ké SH L BC. Do (SBC) L(ABC)= SH L(A4BC)
Ké HD | AB,HE 1 AC =>SDH = SEH = 60°
Do tam giac ABC wvudéng cadn tai A nén HD:HE:%:H la trung diém cua BC
a3 a3
12

:>SH:HD.tan6O°:T:>V: AB.AC.SH =

11
372

Vidu 6. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a, mit bén S4B 13 tam giac déu va ndm
trong mit phang vudng goc véi mit phang day. Tinh thé tich cua khéi chép S.ABCD .
A a*f3 a*f3 a*f3

. B. . C. . D. &’\3.
6 4 2
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Huéng din giai:
Goi H 1a trung diém cua AB
ASAB déu = SH 1 AB
(SAB) L(ABCD)=> SH 1 (ABCD)

3
ABVS a3y Lo s o 93
2 2 3 6

SH =

Vidu 7. Cho hinh chép S.ABCD c6 mit bén SAB vudng goc voi mit phang day va tam giac SAB can tai S .
Tinh theo a thé tich cua khéi chop S.ABCD, biét rang: day ABCD 1a hinh vudéng canh a, gbc giita
mit (SBD) va mit day bang 60°.

3 3 3
a~\o6 a a~\b6

A Vs pep :a3\/g, \/— ~ A \/—

B. Vs isep :?- C. Vsupop= 12 . T

Goi M 1a trung diém cua AB .

(SAB) L(ABCD)=>SM 1 (ABCD)

Goi O 1a giao diém cua AC va BD, N la trung diém cua OB .
= MN 1L BD

}:BDL(SMN):BDLSN
SM L BD
= ((SBD),(ABCD)) = (SN,MN)=SNM = 60°

a\/g 1 a3\/g
12

= SM :MN.tan60°:T:> 14 :E.ABZ.SM =

Vidu 8. Cho hinh chép S.ABCD c6 mit bén SAB vudng goc voi mit phang day va tam gidc SAB can tai S .
Tinh theo a thé tich cta khdi chop S.ABCD, biét riang: day ABCD 1a hinh chit nhat,
AB=a,AD = a2 , gbc gitta mat SAC va mit day bang 60°.
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3 g g g
A. VS.ABCD :?- B. VS.ABCD ZE- C. VS.ABCD :3- D. VS.ABCD ZE-

Huéng din giai:

A D
N
H
M
B (&

Goi M 1a trung diém cua AB .

(SAB) L(ABCD)=>SM L(ABCD)

Ké BH vuodng goc voi AC, goi N 1a trung diém cia AH = MN L AC
= MN L AC
SM 1 AC

= ((54C),(4BCD))= (SN, MN )= SNM = 60°

12= 12+ 12:>BH:a\/g:>MN:ﬁ:a\/g
BH> AB* BC 3 2 6

3
2:>V:§.AB.AD.SM:%

}:ACL(SMN):ACLSN

a
2

= SM = MN.tan60° =

Vidu9. Cho hinh chép S.ABCD c6 day 1a hinh thoi, AB=BC =BD =a , mit bén SAB la tam giac déu va
nam trong mit phang vudng goc voi ddy. Tinh thé tich ctua khéi chop S.ABCD
5a’ 11a’

(Ce VS.ABCD :7- D. VS.ABCD :T-

Goi M 1a trung diém cua AB .
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(S4B) L(ABCD)=>SM L (ABCD)

2 3
SMz#,SABCD =28, =¥ =V :%.SABCD.SM :%

Vi du 10. Cho hinh chop S.ABCD c6 day ABCD la hinh thang vuoéng tai 4 va D, AB=3a,AD=2a,CD=a,
tam giac SAD cantai S , mit phing (SAD) vudng goc voi day, goc giita mat phang (SBC ) va mat
day bang 60° . Tinh thé tich cua khdi chop S.4ABCD .

4a°\J6 24°\/6 54'\/6 a*\J6
A Vs =—7—- B. Vs sop=—%—- C. Vsuper =——- D. Vs pep =5
3 3 3 3
Huwéng din gidi:
N
D c
B

M
D c A g
Goi M 1a trung diém cua AD.
(S4D) L (ABCD)= SM 1 (ABCD)= SM 1 BC

= BC L(SMC)= BC L SC

MC 1 BC
= ((SBC),(ABCD))=(SC,MC)=SCM =60° = SM = MC.tan 60° = a~/6

4a3\/€
3

=>V= %%.(AB +CD).AD.SM =

3. Dang 3: Khoi chép déu

Vidu 1. Cho H 1a khéi tt dién déu canh a. Thé tich cia H bing bao nhiéu?

3 3 3 3
Aaﬁ. Baﬁ. caﬁ. Daﬁ.
6 12 12 4

Huéng din giai:

BAN KHONG THE THAY DOI DicH DEN NEU BAN KHONG

pOI THAY CON DPUONG M




HOC24H™ http://www.toanmath.com/ Thay NGUYEN TIEN DAT https://www.facebook.com/thaydat.toan

Goi G la trong tdm tam giac ABC:>SGJ_(ABC) s
AG:E.“\BJ’ 3 SG = JSA - AG _aVe
3 2 3 3

2 3
Sy-lg sg-1¢ 3 a6 _a'V2
374 3 12

A C
B
Vidu 2. Cho hinh chép tam gidc déu S.4ABC c6 canh ddy bang a, canh bén bang 2a. Tinh thé tich cta khi
chop S.4BC.
3 3 3 3
A.a\/ﬁ. B'aJﬁ. C.a\/ﬁ. D.a\/ﬁ.
36 12 6 24
Huéng din giai:
Goi G 1a trong tdm tam giac ABC = SG L (ABC) S
4G AB3 a3 o o
3 3
= SG =~/SA4* - AG :Zﬂ
AB*\3 A3 1 a*11
SABC = 4 = 4 = Vs apc :§SABC‘SG = 12 A c
1 &*V3 a a3\/§
=>V=—. —=
3 4 3 36

B

Vidu 3. Cho khéi tir dién déu ABCD c6 canh bang a, M 1a trung diém cia CD. Tinh thé tich hinh chop

M.ABC .
a3 a3 a3 a3
A. VM.ABC :7. B VM.ABC :T. C VM.ABC :T. D VM.ABC :T.

Huéng din giai:
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Goi G latrong tam AABC .Ké MH || DG

D
= DG 1 (ABC)= MH 1 (ABC)
MH:%DG:%\/CDZ—Gcz :# M
AB*\3 a3 1 a3
Swe ===V =3 S MH =—, y C

B

Vidu 4. Cho hinh chop tam gidc déu S.ABC c6 canh ddy bing @, canh bén bang 2a. Goi I 1a trung diém cua
canh BC . Tinh theo a thé tich cta khéi chép S.A4BI .

a*\41 11 a*\31 a*\21
AV upc = T B. V5 s5c :7- C. Vs ipc = T . D. Vs ypc = T
Huéng din gidi:
Goi G la trong tAm tam giac ABC = SG L (ABC) S
2

= SG =~S4> - AG* = \/SAZ _[AB;/E] - a\ég

1 11 a*\11
=V apr = EVS.ABC = E'E'SABC‘SG = 24 A c

1
B

Vidu 5. Cho hinh chép tir giac déu S.ABCD tét ca cac canh déu bang a . Tinh theo a thé tich ctia khdi chop

S.ABCD .
3 3 3 3
A.V:"f. B.V:“;/E. C.V=af. D.V=";/§.

Huwéng din gidi:
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Goi O 1a giao diém ctia AC va BD
= SO 1 (ABCD)

AO:%AC: “22 SO =~/SA* - 40* = “f

3
V= %SABCD SO = %AB.BC.SO =2 ;/5

Vidu 6. Cho hinh chép tir gidc déu S.ABCD canh day bang a, goc giita mit bén va mit day bang 60° . Tinh
theo @ thé tich ctia khdi chop S.ABCD .
a\3 a*6 a6 a*6
e :T- B. Vs ipep=——.

C. VS.ABCD = 5 D. VS.ABCD = 5

Huéng din giai:
Goi O 1a giao diém ctia AC va BD, M 1a trung diém cia CD .
=O0M L CD,SM LCD

= ((SCD),(ABCD))=(0OM,SM ) = SMO = 60°

— SO = OM .tan 60° = “23
3
—y-ls  s0-4 f

Vidu 7. Cho mét hinh chép ti gidc déu co canh dy bang a
Khi d6 thé tich ciia khbi chop 1a:
3 3 3 3
3 3 3 2
A EB g, £V c. &8 p, 22
3 12 6 3
Huéng din giai:

va dién tich xung quanh gip d6i dién tich day.
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Goi O 1a giao diém ciia AC va BD, M 1a trung diém cua CD .
S, =4S = 4%.CD.SM =2a.SM;S,=AB* =da’

S, =28, & 2a.5M =2a°> < SM =a

:>SO=\/SM2—0M2=§
1 _a3x/§

V= Sser 50 =

4. Dang 4: Khoi chép va phwong phap ti so thé tich

Vidu 1. Cho tadién ABCD.Goi B' va C' lan luot la trung diém ctia AB va AC . Khi 6 ti sb thé tich cua
khdi tir dién AB'C'D va khéi ti dién ABCD bang:
1

B. L. c. L. D

AL .
2 4 6 8

Huéng din giai:
Visep _ AB' AC' 4D 1
Vier AB AC AD 4

Vidu 2. Cho hinh chép tam gidc S.ABC. Goi 4’, B’ lan luot 1 trung diém cua SA va SB. Mit phiang (A'B'C)
chia hinh ch6p thanh hai phan. Ti s thé tich ctia hai phan d6 bang:

B. L. c. L. D.%.

A L.
2 3 4

Huwéng din gidi:

Vswpp _SA" SB° SC 1 _ Vsypp _1
Vepe SA SB SC 4 Viypew 3 " 4
A C
B
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Vidu 3. Cho hinh chép S.ABC c6 day la tam giac vuong can tai B, AC = a2 , canh bén S4 vuong goc véi
day, SA=a.Goi G la trong tAm tam giac ABC . Mit phang (a) qua AG va song song véi BC, cit
SC,SB lan luot tai M, N . Tinh thé tich ctia khdi chop S.AMN .

3 3 3
a a’ 2a 2a

A. VS.AMN Z?- B. VS.AMN = E C. VS.AMN = 7 D. VS.AMN = T

Huéng din giai:
Goi [ la trung diém cua BC
AC=aV2= AB=BC=a
SM _SN _SG _2

(¢) /) BC= MN J| BC= B sC S 3

Vs 1sc SB'SC 9

4
= VS.AMN 9 VS ABC

_ Voun _SM SN _4

3
ABBC.SA=2%
27

\ol-h

A1
372

Vidu 4. Cho tam gidc ABC vudng cantai A, AB =a . Trén dudng thing qua C va vudng goc voi mit phang
(ABC) ldy diém D sao cho CD=a. Mit phing qua C vudng goc véi BD, cit BD tai F va cit
AD tai E. Tinh theo a thé tich khdi t dién CDEF .

3 3 3 3

AL B. L c. L. p. L.
36 18 24 12
Huwéng din gidi:
1 a’ D
Visep = ESABC'CD = z »
2 2
DE.DA=DC> = DE.Z?A _ DC2 :>DE _ DC2 :l
DA DA DA DA™ 2 E
2
eurr PE D€L
DB DB* 3 N
Veoer _ DE DF _ 1 _ 1 a’ J
- = = — V = — A C
Vpep DA DB T o =g s =3¢
B

BAN KHONG THE THAY DOI DiCH DEN NEU BAN KHONG 29
pOI THAY CON DPUONG




HOC24H™ http://www.toanmath.com/ Thay NGUYEN TIEN PAT https://www.facebook.com/thaydat.toan

Vidu 5. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudng canh a, canh bén SA4 vudng goc véi mit phiang
day. Goi M va N lan luot 13 trung diém cua SB va SD . Tinh ti s6 thé tich cua hai khéi chop
S.AMN va S.ABD.

AL B. 2. c. L. p. L.
4 4 2 5

Huéng din giai:
Viuw _SA SM SN _1

SA" SB'SD 4

I/S.ABD

Vidu 6. Cho hinh chop S.ABCD c6 ddy ABCD 14 hinh vudng canh a. Goi A',B',C",D" 1an luot 1a trung diém
ctia SA,SB,SC,SD. Khi d6 ti sd thé tich cta hai khdi chop S.4'B'C'D' va S.ABCD la:

AL B. L. c. L. p. L.
g 6 4 2

Huéng din giai:

Viuwe: _SA' SB' SC'_1 Vyype _SA' SD' SC'_1
SA"SB'SC 8 V., SA SD SC 8

Vs.ac
Vsanc - Vsapc - Vsanc tVsapc - Vsapcp =l
Vs.anc Vs.apc Vs.asc Vs anc Vsasco 8

Vidu 7. Cho khéi chop tir giac déu S.4BCD . Mit phing (a) di qua 4,B va trung diém M ciua SC. Ti sd

thé tich ctia hai phan khéi chop bi phan chia bsi mat phang do 1a:

B.>. c.2. D.2.
5

AL
4 8 8

Huwéng din gidi:
e e
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Ké MN /) CD(N eCD), suy ra hinh thang ABMN
1a thiét dién cua khoi chop.

V. SM
_ VsaBm _ _
Vsapy = Vs.apu Vs auv = =

1
Vsape S 2
1 1

=V anu = E Vs.asc == Vs.asco

Vv SM SN 1 1

A = ===V ==V

Ve.n SC SD 4 S.AMN = g'"'s.4BCD
1 1

= VS.ABMN = Z VS.ABCD + g V:S’.ABCD = gVS,ABCD
5 V.

_2 S.ABMN _ 2
= Vipunpe = 3 Vs ascp =

~

ABMNDC 5

Vidu 8. Cho hinh chép ti giac déu S.4BCD c6 ddy ABCD 1a hinh vudng canh a, canh bén tao v6i day goc

60°. Goi M 1a trung diém ciia SC . Mit phang di qua AM va song song v6i BD cit SB tai E va
cit SD tai F . Tinh theo a thé tich khéi chop S.AEMF .

N g 26 c. @Yo D.
36 18 9
Huéng din giai:
Goi I=S0nAM
(AEMF) /| BD = EF || BD

a*\/6

a’/6

6

SO = OA.tan60° = &

6 1
> = VS.ABCD = gSABCD SO =
Vs aur _S_M SF _ 1

1 1
VS.ACD SC E B 5 = VS'AMF - EVSACD = EVS.ABCD

1 a3\/€
VS.AEMF = VS.AMF + VS.AME = 2VS.AMF = EVS.ABCD = T

Vidu9. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vuéng canh a, SA vudng goc véi day, S4 = a2

Goi B',D' lan luot 14 hinh chiéu ctia 4 1én SB,SD. Mit phing (AB'D") cit SC tai C'. Tinh theo
a thé tich khdi chop S.AB'C'D".
3 3 3 3
A.Z“ﬁ. B.“*E. C.Z“ﬁ. D.“*E.
9 9 27 18

Huwéng din gidi:
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SB'_S4* 2 .8C' 1

SB SB* 3°SC 2

Ve = > -SC = . = Vsape = le ABC
Ve pe SB SC 3 - 37

2

VS.AB'C'D' = VS.AB'C' + VSAAC‘D' = 2VSAAB'C' = EVSAABC =

Vi du 10. Cho hinh chép ti gidc S.ABCD c6 thé tich bang ¥ véi day 1a hinh binh hanh. Goi C' 14 trung diém
canh SC . Mat phéng qua AC' va song song v6i BD cit cac canh SB,SD lan luot tai B',D'. Khi d6
thé tich ctia khdi chop S.4'B'C'D’ bang:

v B 2V cr. p.L.

3 4 2

A.
3

Huwéng din gidi:
Goi O 1a giao diém cua AC va BD, goi I 13 giao diém cua SO va AC'.
Qua / ké B'D' song song v6i BD . Khi d6 mit phiang qua AC' va song song
v6i BD1a miat phang (AB 'C 'D').
Ta d& dang nhan thdy rang / 14 trong tim cua tam gidc SAC nén 5—é _2

SD' _SI _SB' 2

Theo dinhli Taléttaco — = — = ==

SD SO SB 3
Vipe _S4 SD' SC'_ 21 _1
Vepe SA SD SC 32 3
Veiper _S_A SB' SC"_l 2 l_l
Vepe SA SB SC 32 3

1
Vaane =Viupe = EI/SABCD
1 .1 |4

= Vapcs =Vape YVase =E-2-E Vsasco =§
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