| CHUONG |

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

VECTO
TRONG KHONG GIAN

BAI: VECTO TRONG KHONG GIAN
DE TEST SO 01

PHAN L. Ciu tric nghiém nhiéu phwong an hra chon. Thi sinh tra 101 tir cdu 1 dén cau 12. Mi cau hoi

thi sinh chi chon m¢t phuong an.

Caul: Cho hinh lap phuong 4BCD.A'B'C'D' . Vecto c6 diém dau va diém cudi A o
1a céc dinh cua hinh lap phuong ABCD.A'B'C'D’ va bang vecto AD la B I G
A. BC'. B. DA. N
_— —_— .-*- ------ - D
C. CB. D. 4B. o
B C
Cau 2: Trong khong gian, cho 3 diém A4, B, C phan biét. Hiéu hai véc to AB-AC bang
A. CB, B. BC. C. BA. D. CA.
Cau 3: Cho hinh hop ABCD.A'B'C'D’ . Pang thiic nio sau day ding?
A. AB+AD+ A4 = AC'. B. AB+AD+ A4 =CA .
C. AB+AD+ A4 = BD' . D. AB+AD+ AA = DB’ .
Ciu4: Chotidién ABCD.Goi M, N lan luot 1a trung diém ctua 4B, CD va G la trung diém ctia MN
. Trong céc khang dinh sau, khing dinh nao sai?
A. GM +GN =0 B. GA+GB+GC =GD
C. MA+MB+MC +MD = 4MG D. AD+BC =2MN
Cau5: Trong khong gian, cho hinh hop ABCD A'B'C’'D’. Vecto nio sau diy la vecto dbi cia vecto
44"
A A'C. B. BA'. C. BB' D.C'C.
Ciau 6:  Trong khong gian, cho tir dién ABCD . Pang thirc nao sau day dung?
A. AB+CD = AD+BC. B. AB+CD = DA+CB.
C. AB+CD = DA+ BC. D. AB+CD = AD+CB.
Cau7: Cho hinh hop chit nhat ABCD.A'B'C'D’ (tham khao hinh v& du6i). Khang dinh nao dudi day
dang?
B o
A. AC'=BD'. A & D
B. AD cung huéng véi B'C' . fﬁ’-:'_r'___'-_--_-:z "
C. CDcung hudng véi D'C . ArL- e
D. AC’ cung phuong véi A'C'. D
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Cho ‘Zl‘ =2; l;‘ =6, gbc gitra hai vecto avab bang 120°. Khang dinh nao dudi day dang?
A.ab=12. B. ab=40. C.ab=-6. D. ab=63.
Trong khong gian, cho hinh 1ap phuong ABCD A'B'C'D’ . Géc giita hai vecto BD, B'C bing
A. 30°. B. 45°. C. 60°. D. 90°.

Cho tir dién déu ABCD . Tinh sé do goc giita hai véc to CB va AC .

A.(CB,4C)=30°.  B.(CB,AC)=60". C.(CB,AC)=120". D.(CB,AC)=150".
Cho hinh chép S.4ABC c6 cac tam gidc SAB va SAC déu. Tinh goc giita hai duong thang SA4
va BC.

A. (84,BC)=30". B. (84,BC)=45".  C.(84,BC)=60". D. (S4,BC)=90".
Theo dinh luét II: Gia tdc ctia mot vat co cung huong voi luc tac
dung Ién vat. BJ 16n cua gia tdc ti 16 thuan voi d6 1on cua luc va
ti 1€ nghich véi khdi lugng cua vat:

—

"

F =ma trong d6 F 13 vecto lyc (N), a 1a vecto gia tdc
(m /s* ) , m(kg) 1a khdi luong ctia vat. Mudn truyén cho qua
bong ¢ khéi luong 0, 5(kg)mot gia tde 50(m / s* ) thi cAn mét luc da c6 do 16n 14 bao nhiéu?

A. 10N . B. 5N. C. 50N. D. 25N

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

Cau 2:

Cau 3:

sinh chon ding hoac sai.

Trong khong gian cho hinh 1ap phwong ABCD.A'B'C'D' ¢6 d6 dai canh 13 a . Goi Ola giao diém
cua BD va AC.

a) Vecto /C—-AA=AB+ AD

b) Vecto BC'=A'A+B'C.

¢) Vecto C'O=C'A-04

d) AD.AB=0

Cho tir dién déu ABCD canh a . Goi M,N,G,P,Q lan luot 1a trung diém cua AB,CD,MN,
AC,BD.

a) 20P = AB+CD

2
S 3
b) Gié tr tich vo hung AB.( B~ CA) bing 2[
c) Gia tri ctua GA+GB+GC =-GD.

d) Géc giita AC va MN la: 60°

Cho hinh chép S.ABCD c6 day ABCD 1la hinh vudng, S4 vuong
gdc v6i miat phang (ABCD) .Goi I,J 1an luot 1a trung diém cia
S4,SC . G la trong tdm tam giac SBD

a) AC—AB=AD.

b) AS+ AB+ AD = AG.

¢) J.BD=0

—2 ——2 ——2 ——2
d) AG =4S +AB +AD .
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Cau 4:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Mot vat nang O dugce kéo tir ba huéng nhu hinh v& va chiu tic dung ciia 3 lyc F,F,, F, , ¢6 do
16n 1an luot 1a 24N,12N,6N . Biét gbc tao bdi 2 luc E,E 1a 120° va luc thtr ba vuong géc voi
hai lyc dau tién. <

F,

a) BO+BA=BD.

E
b) OE =04+ 0B +0C. = .
N . F,
¢) Do dai ctia vecto OD 1a |OD|=12ﬁ. A /

B D
d) D6 16 hop luc tic dung vao vat O 1a 63/13N .

A

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cu 1 dén cau 6.

Cau 1:

Cho hai vécto a, b sao cho ‘ZJ‘ = \/5 ,

B‘:z va hai vécto x=a+b, y=2a—b vudng goc véi
nhau. Tinh géc gitra hai véc to avab (don vi do)

Cho hinh lang tru tam gidc ABC.A'B'C' ¢6 AA'=a;AB=b;AC =c. Goi I 1 trung diém cia
doan thing B'C . Bibt ring Bl =ma+nb+pc,tinh S=m+n+p.

Mot chiéc khinh khi cau bay 1én tir dia diém cho trudc. Sau khoang thoi gian bay, chiéc khinh
khi cau cach dia diém xudt phat 2,5km vé huéng nam va 1,7km vé hudéng dong, dong thoi cach
mit dat 1a 0,6km . Chon hé truc toa 46 Oxyz véi gbc O dit tai diém xuét phat cua chiéc khinh
khi cu, mat phang (Oxy) trung véi mit dat, truc Ox huéng vé nam, truc Oy huéng vé phia

dong va truc Oz hudng thang dung 1én troi, don vi do 13y theo kilomet. (két qua lam tron dén
hang phan trim)

Tinh khoang céch tir dia diém xuat phat dén dia diém hién tai ctia khinh khi cau (don vi ldy
theo kilomet va 1am tron dén 2 chit s6 sau phan thap phan)
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DE TEST THEO BAI - CHUYEN DE Il - VECTO TRONG KHONG GIAN

Cau4: Mot chiée 6 t6 dugc dat trén mit ddy dudi ciia mot khung sit dang hinh hop chir nhat véi day
trén 1a hinh chit nhat ABCD , mit phang (ABCD) song song v&i mat phang nam ngang. Khung

sat d6 duoc dit vao moc E cua chiée can cau sao cho cac doan dy cap EA; EB; EC;ED bing

nhau va clng tao véi mit phing (4BCD)mét goc o. Chiée can cau kéo khung sit 1én theo

phuong thang dung. Biét cac luc cing Fl; F‘Z,E ;E déu c6 cuong do 1a 4800 N, trong luong cla

ca khung sit chira xe 6 t6 1a 7200+/6 N . Tinh sina (1am tron két qua dén hang phan trim).

Cau5: (Co ba lyc cung tac dong vao mdt vat. Hai trong ba lyc nay hop véi nhau mot goc 100° va c6 do
16n 1an luot 1a 25 N va 12 N . Luc thir ba vudng goc véi mat phang tao boi hai lyc da cho va c6
d6 16n 4 N. Tinh d¢ 16n cua hop luc cia ba lyc trén.

Cau 6: Mot chiéc dén tron dugce treo song song vi mit phang nam ngang boi ba soi diy khong dan xuat
phat tir diém O trén tran nha lan luot bude vao ba diém A4, B,C trén dén tron sao cho tam giac
ABC déu. Bo dai cua ba doan diy OA4,0B,0C déu bang L . Trong luong cua chiée dén 1a 27N

va ban kinh cua chiéc dén la 0,5m .

Tim chiéu dai tbi thiéu ctia mdi soi ddy, biét ring mdi soi day dé duoc thiét ké dé chiu duogc luc
cang tdi da 1a 12N . (Chiéu dai tinh theo don vi cm va lam tron dén hang phan muoi)

---------- HET -
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 4:

thi sinh chi chon mot phuong an.
Cho hinh lap phuong ABCD.A'B'C'D’ . Vecto c6 diém dau va diém cubi 1a cac dinh cta hinh lap

phuong ABCD.A'B'C'D' va bang vecto AD 1a

A D'
B c
ﬂL ------ ---aD
B [
A. B'C'. B. DA. C. CB. D. 4B .
Loi giai

Do ABCD.A'B'C'D’ 1a hinh 1ap phuong nén ta c6 AD = B'C’

Ta thy AD va B'C' cung hudng.

Do d6 AD=B'C' .

Trong khong gian, cho 3 diém A, B, C phén biét. Hiéu hai véc to AB-AC béng

A. CB. B. BC. C. BA. D. CA.
Loi giai

Theo quy tic hiéu hai vécto chung gbc, ta c6 AB-AC=CB.

Cho hinh hop ABCD.A'B'C'D' . Ping thirc nao sau dy ding?

A. AB+AD+ AA = AC' . B. AB+AD+AA'=CA' .
C. E+E+TA’=[@. D. E+E+ﬂ=ﬁ.
Loi giai
Al o'
e o
.-"'H-f--' .: .v"'f.-'#
E,;df"f _E.'f’x
'I £t
| r || |
\ A lD
Bl 2

—_— — —

Cho t&r dién ABCD . Goi M, N lan luot 1a trung diém cua 4B, CD va G 1a trung diém ctia MN

. Trong céc khang dinh sau, khang dinh nao sai?

A. GM +GN =0 B. GA+GB+GC =GD
C. MA+MB +MC + MD = 4MG D. AD + BC = 2MN
Loi giai
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

(o
Theo quy tic trung diém, ta co
GA+GB=2GM; GC+GD=2GN; GM +GN =0
Suyra:@+@+ﬁ‘+@:2W+2§V:2(W+§V):6
hay GA+ GB +GC =-GD , vay A ding, B sai
Xét dap an C, ta c6 :
MA+MB +MC +MD =4MG + GA+ GB + GC + GD = 4MG nén C ding
Xét dap an C:
Tacé AD = AM + MN + ND
BC = BM + MN + NC
Cong vé theo vé ta c6: AD+BC = AM + BM +2MN + ND+ NC = 2MN , suy ra D ding

Cau5:  Trong khong gian, cho hinh hop ABCD A’'B'C'D’. Vecto nao sau day la vecto ddi ciia vecto
AA4™
A. AC', B. BA'. C. BB'. D. C'C.
Loi giai
Céiu 6:  Trong khong gian, cho tr dién ABCD . Pang thirc nao sau day dung?
A. AB+CD = AD+BC . B. AB+CD = DA+CB.
C. AB+CD = DA+BC. D. AB+CD= AD+CB.
Loi giai
Theo quy tic ba diém, ta co:
AB = AD+ DB
Do do
AB+CD=AD+ DB+CD
= ZI—)'+(B§+55) = ZB+( 513+5§) — AD+CB
Cau7: Cho hinh hop chit nhat ABCD.A'B'C'D’ (tham khao hinh v& du6i). Khang dinh nao dudi day
dang?
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Cau 9:

Cau 10:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

B e
A ~ n
= )
H#’L________ i
s i n
A. AC'=BD'. B. Zﬁcﬁng hudéng vo1 B'C’.
C. CDcung huéng v6i D'C'. D. AC' cung phuong véi A'C’ .
Loi giai
Chon B
Cho ‘Zz‘ =2; l;‘ =6, goc gilra hai vecto avab bang 120°. Khing dinh nao dudi diy dung?
A. ab=12. B. ab=40. C. ab=-6. D. ab=63.

Loi giai
e e . . 1
ab=|a|[p|.cos(a,b)=2.6.c0s120° = 2.6, —— | = =6

2

Trong khong gian, cho hinh 1ap phuong ABCD A'B'C'D’ . Géc giita hai vecto BD, B'C bing
A. 30°. B. 45°. C. 60°. D. 90°.

Loi giai
Tacd: BD= B'D'. Do do,

(E,B'C):(B'D',B'C): D'BC

Vi B'C'=CD'=D'B'nén tam gidc B'CD'la tam giac déu.

Suyra D'B'C'=60°

Vay (E’),B_'C’):a)"

Cho t& dién déu ABCD . Tinh sb do goc giita hai véc to CB va AC.

A. (CT?,E) =30°.  B. (@,R’): 60°. C. (@,Tc) =120°. D. (@,E): 150°.
Loi giai

A
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Ta co ABCD la tir dién déu suy ra tam gidc ABC déu.
= ACB =60 = (CB, AC)=180" - 60" =120’

Cho hinh chop S.ABC ¢4 cac tam giac SAB 3 SAC déu. Tinh goc gitra hai duong thang S4

Cau 11:
va BC
A. (S4,BC)=30°. B. (S4,BC)=45". C. (84,BC)=60". D. (SA,BC):90°.
Loi giai
S
A4 C
B
bat AB=a= AS=AC=a,taco:
AS.BC = E(ZE’—Z]}) = AS.AC — AS.AB = a.a.cos60° — a.a.cos60° = 0
= S4 L BC = (84,BC)=90".
CAu 12: Theo dinh luét IT: Gia téc ciia mot vat cd cung hudng véi luc tac dung l1én vat. B 16n cua gia tde
ti 16 thuan v6i do 16n cua lyc va ti 18 nghich v6i khdi luong cua vat:
T Ca
» Q : :.;!P |
4 e e T e S
F =ma trong d6 F la vecto lyc (N), a 1a vecto gia toc (m/sz), m(kg) 1a khéi luong cua
vét. Mubn truyén cho quéa bong ¢ khdi lwong 0, 5(kg)mot gia tde SO(m /s* ) thi cAn mot luc
da c¢6 @6 16n 1a bao nhiéu?
A. 10N . B. 5N. C. 50N. D. 25N .
Loi giai
Tacéd: F =ma , suy ra|F| = |ma| = m|21| =0,5.50= 25(N) .
Vay mudn truyén cho qua bong khdi luong 0,5 (kg) mot gia tdc 50(m / s2) thi can mét luc c6
d6 16n bang 25N .
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

PHAN II: Cau tric nghiém diing sai. Thi sinh tra 10i cAu héi. Trong mdi y a), b), c), d) & méi cau, thi

Cau 1:

Cau 2:

sinh chon ding hoac sai.

Trong khong gian cho hinh lap phuong ABCD.A'B'C'D' ¢6 d6 dai canh 13 a . Goi Ola giao diém
cua BD va AC.

a) Vecto A/C—-A'A=AB+ AD

b) Vecto BC'=A4+B'C.

¢) Vecto C'O=C'A-04

d) AD.AB=0
Loi gidi
| a)Ping | b)Sai | coPing | d)Sai |
A
. |AC-Ad4=4C —— — .
aybung: Vi{_ = = = A'C-AA'=AB+ AD
AB+AD = AC

b) Sai: Vi BC'=BB'+B'C'=AA"+ B'C".

¢) Ping: Vi C'O=C'4'+A0=C'4-04".

d) Sai: Ta co: A'D.A'B= |75| A'B .cos(ﬁ,ﬁ) = a~2.a+/2.c0s60° = @’

Cho tir dién déu ABCD canh a . Goi M,N,G,P,Q lan luot 14 trung diém ciia AB,CD, MN,
AC,BD .

a) 20P = AB+CD

2
——— —\ . 3
b) Gié tr tich vo huong AB.( 4B~ CA) bing 2[
c) Gia tri ctua GA+GB+GC =-GD.
d) Géc giita AC va MN la: 60°
Loi giai
| a) Sai | b) Sai ‘ ¢) Pung ‘ d) Sai ‘
A
M
B D
N
[ 55
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

a) 2@2@4—@
a) Sai:
ﬁ+@:(E+TQ+@)+(C73+I?Q+@):(ﬂ’+ﬁ’)+2@+(@+@):2@

a’\3
2

b) Gié tri tich vo huéng E(E - @) bing

b) Sai: Ta co: A—B(E—a):E-E+@-Ezﬁz+|E|-|E|-cos<@,ﬁ)
2 R 2 ° 2 612 3612

= AB +AB-AC-cos(BAC):a +a-a-cos60 =a +7:7.

c¢) Gia tri cua GA+GB+GC =-GD.

¢) Pung:

Ta co: GA+GB=2GM;GC +GD =2GN;GM +GN =0.

Suy ra: GA+GB+GC +GD =0 hay GA+ GB+ GC =-GD.

d) Géc gitta AC va MN 1a: 60°

d) Sai:

Ta co COS(A—C,W):i,C'—Mi.
| AC|-| MN |

«|AC|=a

SO S S [ G — L O 1 T ——
MN:E(AC+BD):>|MN| =MN" = {AC" +24C-BD+BD :Z(2a +2AC-BD)

Ma
TC-E):E-(E—E):Z?-E—Z}@:|TC|-|E|cos6o°—|ﬁ|-|ﬁ|-cos6o°:o

Vay | MN |= -~

N

2
Ta c6 AC-MN:%AC.(A&BD) =%(AC2 +AC-BD)

_a

2
a

———— AC-MN _ , 2

cos(AC,MN): AN 2 :\/_
|AC|-|MN| , @ 2
2

Cau3: Cho hinh chép S.ABCD cé didy ABCD la hinh vudng, S4 vudng goc véi mit phang (ABCD)

.Goi 1,J lan lugt 1a trung diém cua S4,5C. G 1a trong tdm tam giac SBD

= (TC,W) =45°.
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Cau 4:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

a) AC—AB=AD.
b) AS + AB+ AD = AG.
] U.BD=0
—2 —2 —2 —2
d) AG =4S +AB +4D .

Loi giai

| a)bing | b)Sai | oSai | d)Sai |
a) dung: Ta c6 ABCD la hinh vudng nén AC=AB+ 4D ( qui tic hinh binh hanh) suy ra
AC—AB = AD.
b) sai: Do G la trong tdm tam giac SBD nén
ﬁ+@+G—D:6:(@+TS)+(@+E)+(@+E):6

— AS+ AB+ AD =3A4G.

¢) sai: Ta co ABCD la hinh vudng nén nén

AC L BD= ACBD=0=21].BD=0=1J.BD=0
Ma 00 nén ménh dé sai.

d) sai: Do G la trong tam tam giac SBD nén AS+ AB+ AD =34G
——\2 —_— ——  ——\2 ——
(34G) =(4S+4B+AD) =94G* = AS® + AB* + AD* +2AS AB+2AS AD +2AD AB (1)

_ : SALAB [SA.AD=0
Vi S4vudng goc véi mat phang (ABCD) nén =9 2
SALAD  |SA.AB=0
ABCD 13 hinh vudng nén AB.AD =0(3).Tu (1);(2);(3) ta dugc 94G* = AS* + AB* + AD”.
Mot vat nang O dugc kéo tir ba hudng nhu hinh vé va chiu tac dung cua 3 luc E,FZ,E, co6 do
16n 1an luot 1a 24N,12N, 6N . Biét goc tao bi 2 lyc F,, F, 1a 120° va lyc thir ba vudng goc voi

hai luc dau tién.
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

|

B D
a) BO+BA=BD.
b) OE =04+0B+0C.
¢) b6 dai cua vecto oD 1a |O—D|:12\/7.

d) D6 16n hop luc tic dung vao vt O 1a 6v/13N .
Loi giai
| a2)Sai | b)Ping | ¢)Sai | d)Ping |
a) sai: Theo quy tic hinh binh hanh, ta co: BO+BD=BA.
b) diing: Theo quy tic hinh binh hanh, ta c6: OA+0OB+0C =0D+0C =OE .

2 | — ——2  [—2 N —
¢) sai: Ta c: |OD| =|0A4+OB| :(OA +2040B + OB ):OA2+OBZ+20A.OB.cos(E,}72)

Suy ra: |@| =124/3.
d) ding: Do 16n hop luc tac dung vao vat O la:
|F; + F, + F|=|04+ 0B +0C| = |OE| = JOD* + OC* = 613N,

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau 1:  Cho hai vécto a, b sao cho ‘Zz‘ =2 , Z)‘ =2 va hai vécto ;C=ZZ+B, y=2a—b vudng goc voi
nhau. Tinh goc gitta hai véc to a va 5 (don vi do)
Loi giai.
Tra loi: 90
Vi hai vécto x=a+b , y=2a—b vudng goc v4i nhau nén
— — — — -2 -2 - = -2 -2 -] |- - =
(a+b).(2a-b) =024 ~b +ab=0<2|d ~|p| +|d|.[p|.cos(a,b)=0
2 - - - = - -
= 2(\/5) -2? +2\/5.cos(a,b) =0 Cos(a,b) =0 (a,b) =90°.
Ciu 2:  Cho hinh lang tru tam giac ABC.A'B'C’ ¢6 Ad =a;AB=b;AC=c.Goil la trung diém cua
doan thing B'C . Bibt ring Bl =ma+nb+pc,tinh S=m+n+p.
Loi giai
Tra loi: -0,5
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

A’ C!
B!
A C
B
BT = BC=_(AC-4B)=~(AC (A4 + 4B))= A4 4B+ AC=—a—b+_<
2 2 2 2 2 2 2 2
( 1
m=-——
2
1
=>in=——=>85=-0,5
2
_1
P=y

Mot chiée khinh khi cau bay 1én tir dia diém cho trude. Sau khoang thoi gian bay, chiéc khinh
khi cau cach dia diém xudt phat 2,5km vé huéng nam va 1,7km vé hudéng dong, dong thoi cach
mit dat 1a 0,6km . Chon hé truc toa 40 Oxyz véi gbc O dit tai diém xuét phat cua chiéc khinh
khi cu, mat phang (Oxy) trung véi mit dat, truc Ox huéng vé nam, truc Oy huéng vé phia
déng va truc Oz huéng thiang dimng 1én troi, don vi do ldy theo kilomet. (két qua 1am tron dén
hang phan trim)

Tinh khoang céch tir dia diém xuat phat dén dia diém hién tai ctia khinh khi cau (don vi ldy
theo kilomet va 1am tron dén 2 chi s6 sau phan thap phan)
Loi giai
Tra loi: 3,08
Vi hé truc toa d6 da chon thi vi tri hién tai ca khinh khi cau la A4 (2, 5;1,7;0, 6) .
Khi d6 khoang cach tir dia diém xuat phat dén dia diém hién tai ctia khinh khi cau la:

04=12,5" +1,7° +0,6" ~3,08(km)
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Cau 4:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Mot chiée 6 t6 dugc dat trén mat day dudi cia mot khung sat dang hinh hop chit nhat véi day
trén 1a hinh chit nhat ABCD , mit phang (ABCD) song song v&i mat phang nam ngang. Khung
sat d6 duoc dit vao moc E cua chiée can cau sao cho cac doan diy cap EA; EB; EC;ED bing
nhau va cung tao véi mit phing (ABCD) mot goc o. Chiée can cau kéo khung sit 1én theo
phuong thing dimg. Biét cac luc cing Fl; Fz; I?;; I?; déu c6 cudong do 1a 4800 N, trong luong cua

ca khung sét chtra xe 6 t6 1a 7200+/6 N . Tinh sina (1am tron két qua dén hang phan tram).

Tra loi: 0,92

Goi 4;;B,;C,; D, 1a cac diém thoa man: E4, = E; ETS’1 = E; ECT = E; E)T =F,.

Vi EA;EB;EC,ED béng nhau va cung tao vi mat ph:fmg (ABCD) mot goc o nén
EA; EB; EC,; ED, ciing bang nhau va cling tao véi mat phang (4,B,C,D,) mjt goc o..
Mit khac 4BCD 1a hinh chit nhat nén 4,8,C,D, ciing la hinh chit nhat c6 tdm O.

Tir céc diéu kién trén ta suy ra EO L (A4,B,C,D,). Khi d6 o =(EA4;(4BCD,))= EAO.
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Cau 5:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

—_—

£

F,

= = :_F‘:

K

Ta co: =4800N nén E4, = EB, = EC, = ED, =4800

Xét tam giac EA4,0 vudng tai O nén EO = EA4,.sino = 4800.sina.

NN —

Mit khac: 171 +E +_F73 +E = P vdi P 1a trong luc thc dong 1én khung chira xe 6 t0.
Suy ra: P=4EO.
Trong lugng cua ca khung sét chira xe 6 10 12 | P |=4E0 =19200.sin o (N) :

Theo bai ra ta co: 19200.sin o = 7200+/6 <> sin o = % ~0,92.

Co ba lyc cung tac dong vao mdt vat. Hai trong ba luc nay hop véi nhau mot goc 100° va c6 do

16n 1an lugt 14 25 N va 12 N. Luc thi ba vuong goc voi mat phfmg tao bdi hai luc da cho va ¢o
dd 16n 4 N. Tinh d¢ 16n cta hop luc cia ba lyc trén.
Loi giai

Tra loi: 26

g D
Hinh 12

Goi F,F,,F, 1a ba luc tac dong vao vét dit tai diém O 1in luot co d6 1on 1a 25 N,12 N, 4 N.
V& OA=F,, OB=F,, OC=F,.

Dung hinh binh hanh OADB va hinh binh hanh ODEC .

Hop luc tac dong vao vat la

Ap dung dinh 1i cdsin trong tam giac OBD , ta c6

OD? = BD* + OB> =2 BD-OB-cosOBD = O4* + OB +2-0A-OB - cos100’

Vi OC L (0OA4DB) nén OC L. OD, suy ra ODEC 14 hinh chif nhat.

Do do6 tam giac ODE vuong tai D.

Tacod OE®> =0C? +OD* = OC? + 04> + OB* +2-0A4-OB - cos100° .

Suy ra OF = \/OC2 +0A> +OB* +2-04-0B - cos100°

=47 +257 +127 +2-25-12-cos100° ~26,092.

Vay do lon ciahgop lucla F=0OE =26 N.

Mot chiéc den tron dugc treo song song véi mat phang nam ngang bdi ba soi day khong dan xuat
phat tir diém O trén tran nha lan luogt budc vao ba diém A4, B,C trén dén tron sao cho tam giac
ABC déu. Po dai ctia ba doan diy O4,0B,0C déu bang L . Trong luong cta chiéc dén la 27N

va ban kinh cua chiéc dén la 0,5m .
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Tim chiéu dai t5i thiéu cua mdi soi day, biét ring mbi soi ddy d6 duoc thiét ké dé chiu duoc luc
cing t6i dala 12N . (Chiéu dai tinh theo don vi cm va 1am tron dén hang phan mudi)
Loi giai

Tra 16i: 75,6

Goi G la trong tam tam giac ABC'.

Vi tam giac ABC déunén G la tam duong tron ngoai ti€p tam giac ABC' .

Do d6, GA=GB=GC=0,5m.

Goi F 1a d6 16n ctia cac luc cing F,, F,, F, trén mdi soi ddy. Khi do, F = F (L) 1a mot ham $6
voibiénsdla L.

Theo bairatacd O4=0B=0C =L nén OG L (A4BC) va ‘54‘ = ‘73‘ = ‘R“ =L

Do do,

F|=[E|=[]

Vi vdy, ton tai hing s6 c#0 sao cho: F, =cOA, F,=cOB, F,=cOC. Suy
ta F+ F; + F, — c(04+ 0B + OC).

Theo quy tic ba diém ta c6: OA+OB+0C =30G.

Do d6: F, + F, + F, =3¢0G .

Mat khac ta lai ¢6 E+F2+F3:}3,Véi P la trong luc tac dung 1én chiéc dén.

g - — 9
Ma trong luong tic dung Ién chiéc dén 1a 20N nén ‘P‘ =27 & 3C‘OG‘ =2IN =
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Tam giac OAG  vuéng tai G(do  OGL(4BC)) mnén ta suy ra
0G =\JOA* —=GA* =\[I? =0,5* (m) v&i L>0,5.

Do d6 ‘@‘: ’-0,5 :czﬁ.
Khi d6 ‘F‘:W:C‘O—A‘:% (voi L>0,5)

Ta c6 lyc cang tdi da ciia mdi soi day 1a 12 N

:>F(L)£12<:>9—L£12<:>3L£4\/L2 -0,5°

JIF -0,5

S <16 —4 = 70 24:>L2%z0,756 (m).
7

Vay chiéu dai tdi thiéu cta mdi soi day 1a L =0,756m =75,6¢m .
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| CHUONG |

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

VECTO
TRONG KHONG GIAN

BAI: VECTO TRONG KHONG GIAN
DE TEST SO 02

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

thi sinh chi chon mgt phuwong an.

Caul: Trong khong gian cho 3 diém M, N, P phan biét. Tinh PM +MN .
A. NM . B. MN . C. NP. D. PN .
Chu2: Cho hinh hop ABCD.EFGH . Két qua qud phép todn AB—EH 1a T D
B + p
— - | '
A. BD. B. AE. I
C. DB. D. BH . /Ir--- .
Ciu 3:  Cho hinh hinh hép ABCD.A'B'C'D'", ¢6 day ABCD hinh binh hanh ad L
. F
tam O. Khi d6 2.40 bang véc to nao sau day?
A. AC. B. AD. C. AC. D. 4B.
CAu4: Cho hinh 1ap phuong ABCD.A'B'C'D' ¢6 d6 dai canh 1a a. Khi d6 AB.AD bing
2
A d. B. 0. C.a. D.%.
Cau5: Cho ta dién ABCD. Goi G 1a trong tAm tam giac ABC. Tim gia tri cua k thich hop dién vao
dang thic vecto: DA+ DB+ DC =kDG
A k=1, B. k=2. C. k=3. D k=1,
3 2
Cau 6:  Cho hinh hop ABCD.A4,B,C,D, . Chon dang thiic sai?
A. BC+BA=BC, + B4, . B. AD + D,C, + D,4, = DC .
C. BC+BA+ BB, = BD, . D. BA+ DD, + BD, = BC .
Cau7: Cho tir dién déu ABCD canh a.Goi H la trong tim cua tam giac BCD . Do dai cta vecto AH
la
A D3 B. 43 c. 48 D. av2.
3 2 3
Cau8: Cho hinh chép S.4BC, goi G 1a trong tAm clia tam giac ABC . Khang dinh nio sau day ding?
A. SA+SB+SC=SG . B. SA+SB+SC =25G .
C. SA+SB+SC=38G.D. SA+SB+S5C =45G .
Cau9: Cho hinh hop ABCD.A'B'C'D' . Goi Ola tam cua hinh hop, khang dinh ndo duéi diy dung?
A. O4+04' =0 B. 04+0C =0 C. OA+0B=0 D. O4+0D =0
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Cau 10:

Cau 11:

Cau 12:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Cho hinh ling tru tam gidc ABC.A'B'C’ . Dat Ad = a,AB =b, AC = ¢ . Khi d6 biéu dién BC’

theo cac véc to a,b,c
A.BC'=—a+b+c¢. B.BC'=a-b+c. C.BC'=a+b+c. D.BC =a+b—c.
Cho A4BC ¢4 AB=AC=5a vy BAC=120° pg dai cua vecto tdng AB+AC bang

Sa\/g

A. 104 . B. S C. 5a. D. 5a3.

Cho tir dién ABCD c6 trong tim G, goi M 1a trung diém AD . Pang thtc nao sau diy dung?

A. MG =~ (Mi+ MD). B. MG =~ (MC + MB).
4 4

; MC D)

C. MG:—(MC+MD). D. ATG:—(MC—MD .
4 4

PHAN II: Cau tric nghiém diing sai. Thi sinh tra 10i cAu héi. Trong mdi y a), b), c), d) & méi ciu, thi

Cau 1:

Cau 2:

Cau 3:

sinh chgn ding hoic sai.
Cho t&r dién OABCcé cac canh OA4,0B,0C d6i mét vudng goc va 04 =0B =0C =a . Goi
M, N lan luot 13 trung diém cac canh 4B,0C.

a) MN E(@HTC).

b) COS(W,C_AZ) = %

2
a

c) M—N.@=—7.
d) |@+@|=a\/§.

Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh thoi tim O, canhbang a, BAD =120°, S4 = SC

. , 1=
, SB=SD va SO = %. Goi P la diém trén duong thang BD sao cho BP = EBD.

a) |MA+MB+MC+MD =|MA - MB - MC + MD < M thudc mit cau tim O ban kinh %.
b) (STB,E@) ~135°.
¢) / 1a trung diém doan BC . Khi d6: SI.B

G353
<

a6
T
Cho hinh 1ap phwong ABCD.A'B'C'D’ canh a .. B C

d) |ﬂ+@+f|:

a) DC'=DC+DD'. e
b) AD'.CC'=a’.

¢) Goi M =CD'NC'D. Khi do: AM = %E +AD + %H I c

o al ,
d) Goc gitta A'C va BD la: 60 =
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Cau 4:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Cho hinh hop ABCD.A'B'C'D'. Goi G va G’ lan luot 12 trong tdm cua cac tam giac ABDA' va
ACB'D' . Khi do6:

Ménh dé bung Sai

a) AB = AG+GB

b) AB-D'A+C'4' =0

c) AB+ AD + AA' = 44G

d) Biét B'G' =mAB+nAD+kAA ,khi 30 m+n+k =1

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cho hai vecto a,b vudng goc voi nhau va |;| =0, l;| =4 . Tinh (Zz —l;)(221 +l;)

Cho hinh hop ABCD.A'B'C'D'cé tht ca cic mat déu 1a hinh thoi canh 6 va cic goc
BAA' = BAD = DAA' = 60°. Tinh d6 dai AC"

Cho tr dién OABC c6 cac canh 04,0B,0C d61 mot vuong goc va OA=0B=0C=1. Goi M
1a trung diém cua canh 4B . Tinh goc giita hai duong thaing OM va AC . (don vi d9)

Cho hinh lang tru tam gidc ABC.A'B'C' ¢6 AA'=d,AB=0b,AC =¢.Goi D la diém ddi xtng
v6i B qua C. Biét A'D=ma+nb+ pc. Gia tri cua bidu thae T =1000p +100m+10n 14 bao
nhiéu?

Cho tir dién ABCD c6 AB=AC=AD=1. va BAC = BAD =60°,CAD=90°. Goi I la diém
trén canh AB sao cho AI =3IB va J la trung diém ctia CD. Tinh d6 dai doan thang 1J (két
qud lam tron dén hang phan trdm).

Mot chiéc den tron dugc treo song song véi mat phang nam ngang bdi ba soi day khong dan xuat
phat tir diém O trén tran nha va 1an lugt budc vao ba diém 4, B,C trén dén tron sao cho cac luc
cing F,, F,, F, 1an lugt trén mdi day O4,0B,0C déu c6 d6 16n bang 60 (N).Cho biét cac duong
thang OA4,0B,OC cung tao v&i mit phang ngang mot goc bang 30°. Tinh trong lugng cta chiée

deén tron do.
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

HUONG DAN GIAI CHI TIET

PHAN L. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 101 tir cdu 1 dén cau 12. Mi cau hoi

thi sinh chi chon m¢t phuong an.

Cau 1: Trong khong gian cho 3 diém M, N, P phén biét. Tinh PM + MN .
A. NM . B. MN . C. NP. D. PN.
Loi giai
Theo quy tic ba diém ta co PM +MN =PN .
Chu2: Cho hinh hop ABCD.EFGH . Két qua qud phép todn AB—EH 1a
A D
B + !
| C
I
|
Rk e
F = G
A. BD. B. AE . C. DB. D. BH .
Loi giai
Do ABCD.EFGH 1a hinh hop nén EH = AD va hai vecto EH ,E cung hudng nén
EH = AD
Tacé AB—EH = AB—AD =DB.
Cau3: Cho hinh hinh hop ABCD.A'B'C'D' , ¢6 déy ABCD hinh binh hanh tim O. Khi d6 2.40 bing
véc to nao sau day?
A. AC. B. AD. C. AC. D. 4B .
Loi giai
Trong hinh hinh hop ABCD.A'B'C'D', ta c6 AC va AO cung huéng va AC =240
Do d6 AC =240.
CAu4:  Cho hinh 1ap phuong ABCD.4'B'C'D' ¢6 d6 dai canh 1a a. Khi d6 AB.AD bing
2
A d. B. 0. C.a. D.%.
Loi giai
Do AB 1 AD nén (E,A—D) =90° nén AB.AD=0
Cau5: Cho ta dién ABCD. Goi G 1a trong tAm tam giac ABC. Tim gia tri cua k thich hop dién vao
dang thirc vecto: DA+ DB +DC =kDG
A.k=l. B. k=2. C. k=3. D.k=l.
3 2
Loi giai
Ta co
GA+GB+GC=0< (BZ—D—G)+<5§—56)+(5@—FG) =0
< DA+DB+DC=3DG .
Cau 6:  Cho hinh hop ABCD.A,B,C,D, . Chon dang thirc sai?
A. BC+BA=BC, + B4, . B. AD+ D,C, + D,4, = DC .
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Cau 7:

Cau 8:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

C. BC+BA+ BB, = BD, . D. BA+ DD, + BD, = BC .
Loi giai
BI_ c1
Al I D1
1
|
|
- T T T =
~
-~
A D

Ta co: BA+ DD, + BD, = BA+ BB, + BD, = BA, + BD, # BC nén D sai.
Do BC = B,C,va BA= B/ A nén BC+ BA=B,C, + B 4, . A dang

Do AD+ D,C, + D,A, = AD + D,B, = AD, + D,B, = 4B, = DC nén

AD + D,C, + D, 4 = DC nén B ding.

Do BC + BA+ BB, = BD + DD, = BD, nén C dung.

Cho i dién déu ABCD canh a . Goi H 1a trong tAm ctia tam giac BCD . Do dai cua vecto AH
la

A OV3 B V3 C. av6_ D. ay2.
3 2 3
Loi gidi

A

Za\/§ a\/g‘

Vi ABCD d&u c6 canh bang a va cod H 1a trong tim nén BH :g. - 3

AAHB vuong tai H , co |E|:AH: AB* —-BH* =

Cho hinh chép S.4BC, goi G 1a trong tAm ctia tam giac 4ABC . Khang dinh nao sau diy dung?
A. SA+SB+SC=8G. B. SA+SB+SC =25G .
C. SA+SB+S8C=3SG.D. SA+SB+SC =4SG .
Loi giai.
Tacd G latrong tdm tam gidc 4ABC nén GA+GB+GC =0
Suy ra S—A+ST3+E:E+GT4+E+G73+@+?C:3E+(G—A+@+@):3ﬁ.
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Cau9: Cho hinh hop ABCD.A'B'C'D' . Goi Ola tAm cia hinh hop, khiang dinh nao duéi day dung?
A. O4+04 =0 B. 04+0C" =0 C. 0OA+0B=0 D. 0OA+0D =0
Loi giai
Vi O 1a trung diém cua AC' nén OA+O0C =0
Cau 10: Cho hinh ling try tam giac ABC.A'B'C’ . Dit A4 =a, AB =b, AC = ¢ . Khi d6 biéu dién BC’
theo cac véc to Z,B,E
A.BC'=—a+b+¢. B.BC'=a—b+c. C.BC'=a+b+c. D.BC' =a+b—c
Loi giai
Cau11: Cho A4BC ¢y AB=AC=5a vy BAC=120° pg dai cua vecto tdng 4B+ AC bing
A. 10a. B. 5"2*/3. C. 5a. D. 5a43.
Loi giai
A
B H C
Goi H 1a trung diém cua BC, suy ra AB+ AC =24H = |ﬁ +AC|= 2|ﬁ| =24H .
Trong AABC ¢ B=C =30°= AH = AC.sin30° = 57“
Vay |Z§+ZE|=5a.
Céu 12: Cho tir dién ABCD c6 trong tim G, goi M 1a trung diém AD . Pang thirc nao sau diy ding?
A. MG = (Vi + MD). B. MG = (MC + MB).
C. MG:%(MC—FMD). D. M_c’;:%(ATC’—E).
Loi giai
Goi N latrung diém BC thi G chinh la trung diém cia MN do d6 ta co:
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

36— L = L (315 + bc).
2 4

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chgn ding hoic sai.
Cho tir dién OABC c6 cac canh OA4,0B,0C d6i mot vudng goéc va O4=0B=0C =a. Goi
M, N lan luot 13 trung diém cac canh 4B,OC.

) MN = (04+BC).

b) COS(O_]\Z,C_AZ) = %

2
a

C) m.m:—T.

d) |@+@|:a\/§.
Loi gidi
| a2)Sai | b)Ping | coPing | d)Sai |

c

a) Sai

Ta co: MN = MA+ AO + ON

MN = MB + BC +CN

— 2MN = MA+MB+ A0+ BC +ON +CN = AO + BC .

— JN = (406 + BC).
2

b) Dung
Ta co: (W,C_AZ) = O/M\C
Xét AOAB vuodng cantai O: AB = a\/f; OM = %AB = a;/z .

Xét AOMC vuéng tai O: CM =+JOM? +0C? = “‘2/8 .

cosomc =M _ 1
CM 3
¢) Pung
e 1 e — 1, e 1,
Ta co: MN.OA:-(A0+BC).0A = ——A0*+=BC.OA =——d.
2 2 2 2

(Vi BC LOA= BC.OA=0).
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d) Sai
~D —\2 D A 2 2 2
Ta co: (CB + OA) — CB? + 04> +2CB.OA = 24* + a* =34°.
= [CB + 0= V3.
Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi tim O, canh bing a, BAD =120°, SA = SC

a3

. . — 1 —
, SB=SD va SO :T. Goi P la diém trén duong thang BD sao cho BP =§BD.
a) |m+m+m+@|:|m—m—m+m < M thudc mit cau tim Oban kinh %.
b) (@,%) =135°.

2
¢) I 1a trung diém doan BC . Khi d6: SI.BD = 33 .

d) SA+ SB + SC| = av6 .
2
Loi gidi
| a) DPung | b) Pung ‘ ¢) Sai ‘ d) Sai ‘

a3

Ta cé: + BAD =120° = ABC = 60° = AABC ddu canh bing a = BO ==

+ 84=8C =8O 1L AC;SB=S8SD = SO 1 BD. Vay: SOJ_(ABCD).

+BP = EBD = %% = Pla trong tim AABC.

a) biang

Ta co: |W+MB+MC+MD :|m—MB—MC+MD
<:>|4M5+5Z+5§+55+5I3:|EZ+55|
@‘4m+6‘:2@"

<:>4MO=2AB:>MO=%.

\ a
= M thudc mat cau tam O ban kinh E

b) Dung
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO
Ta cé: (STB,B_O') =180°-SBO .

Xét ASOB vudng can tai O: SO = OB = % = ASOB vuéng can tai O = SBO = 45° .
Vay: (ﬁ,%) =180°—45° =135°.
¢) Sai

Ta c6: SI.BD = (@ + E)ﬁ =SO.BD +OI.BD = Ol.BD = OI.BD.COS(aj,BT))

a \/g 3612 s (N7 2N o o __ o
=5.a\@.£—7J =—=- 0 (01,30):180 ~30°=150°)

d) Sai
Taco: PO=Lpo- 03
3 6
Xét aSPO Vudng tai O: SP =~/SO* + OP* = "f_o .
Ta co: §A7+§+§5| = |3S—P+?Q+FE+F5| = 35P = a\/zﬁ .
Cho hinh 14p phuong ABCD.A'B'C'D’ canh a .
il c
—
N
- CTI’
AF % D’

a) DC'=DC +DD'.
b) AD'.CC" = a>.
¢) Goi M=CD’mC’D.Khidé:W:%E+E+%H

d) Géc gitta A'C va BD 1a: 60°

Loi giai
| a) DPung | b) Ping ‘ ¢) bung ‘ d) Sai ‘
a) ding: Vi DC+ DD'=DC+CC'=DC(C’
b) AD'.CC'=a’.
b) diing: Ta co: AD' -CC' = AD - AA' = ‘AD' |44|.cos45” = a?.

¢) Goi M :CD’mC’D.Khidé:W:%E+E+%ﬂ
¢) dung: Ta co:

AM = 4D+ DM = 4D+ DC = AD+(DC + CC) = AD + - AB +- A4

Page 9

Swu tam va bién soan



DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

d) Géc gitta A'C va BD la: 60°

d) sai:
Taco: AC=AB' +A'D'+ A'4.
BD = AD— AB.

ACBD = (A'B' +AD + A'A)-(ZB—ZE).

- AD.(A’B’ +AD + A'A) - ZE.(A'B’ +AD + A’A)

= AD.A'B'+ AD.A'D' + AD.A'A— AB.A'B' — AB.A'D' — AB.A'A
= AC-BD=0-x*+x*-0+0-0=0.
Vay A'C L BD hay géc giita A'C va BD bang 90" .
Ciu4: Cho hinh hop ABCD.A'B'C'D'. Goi G va G’ lan luot 1 trong tAm cta cac tam gidc ABDA' va
ACB'D'. Khi do:

Ménh dé Piing Sai

a) AB=AG+GB
b)E—ITA#C—'A;:ﬁ
c)ﬁ+@+ﬂ:4A—G
d) Biét B'G' =mAB+nAD+kAA ,khi d0 m+n+k=1
Loi giai
| a)DPing | b)Ping | ¢)Sai | d)Sai |

a) PUNG

AB = AG +GB (dung theo quy tic 3 diém).

b) PUNG

AB-D'A+C'A=AB+AD' -AC'=A4B+CD'=0 (vi AB va C'D’ dbi nhau).
¢) SAI

Tacd G 1a trong tim cia ABDA' nén GB+GD+GA' =0 .

S AB-AG+AD - AG+ AA'—AG=0 .
< AB+ AD+ AA =3 4G .
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d) SAI
Tacé G' 1a trong tAm ctia ACB'D’ nén G'C+G'B+G'D' =0 .
& AC-AG' + AB' - AG'+ AD' - AG' = 0 .
& AC+ AB + AD' =34G' .

Ta co B’G’:A‘(}“’—ﬁ:%(ZE+AB'+AD')—A3'.

_— —— —— ———_

& BG = dB+2AD-1 a7 .
3 3 3
1 2 I,
Suyram=——,n=—vak=——nén m+n+k=0.
3 3 3

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.
13| =4.Tinh (a-b)(2a+b)

Loi giai

Caul: Cho hai vecto a,b vuong goc voi nhau va |a| =06,

Tra loi: 56
a,b vudng goc nén ab=0
Taco (a—b)(2a+b)=2a —b —ab=2.6~4*~0=56
Cau2: Cho hinh hop ABCD.A'B'C'D'co tat ca cac mat déu 1a hinh thoi canh \/g va cac goc
BAA'= BAD = DAA' = 60° . Tinh do dai AC"

Loi giai
Tra loi: 6

_—

—_ —.)2

Xét AC? = AC" :(AA'+AB+AD

= AA"+ AB® + AD*+2AA"' . AB.cos BAA'+2AA'. AD.cos A' AD + 2 AB.AD.cos BAD
2
- 3(%) +3.26+/6.c0s60° = 6

Cau3: Cho tr dién OABC c6 cac canh 04,0B,0C d61 mot vuong goc va O4A=0B=0C=1. Goi M
13 trung diém ctia canh 4B . Tinh goc giita hai dudng thing OM va AC . (don vi dd)
Loi giai
Tra 1oi: 60
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i

M

pat Od=a, OB=b, OC=c.

Khi o, |a|=[B| =|c|=1 V& ab=ac=bec=o0.
Ta co: COS(W;E)Z%.

Mit khac, do W:l(a+@):l(a+5)va AC-0C-Od=c—a.
2 2

nénO—M.R’=%(a+5).(2—5)=%(55—52+Z.E—Zz.5):—%..

Ta lai co: ‘W‘zOMz%;R“zAC':\/E.
o 1
OM .AC ) 1

Do do: cos(O—M;R’) = ‘WHE‘ = Q 5 = -5
>

Vay: cos(oTj;A—é) —120°. Vay goc giita hai duong thang OM va AC bang 60°.

Cau4: Cho hinh lang tru tam giac ABC.A'B'C’ ¢b AA' =G, AB=b,AC =¢.Goi D la diém ddi xung
voi B qua C. Biét A'D=ma+nb+ pc. Gia tri cua bidu thiee T =1000p +100m+10n 14 bao
nhiéu?

Loi gidi
Tra loi: 1890
A
AD=AC+C'C+CD=AC-AA +BC=AC—AA' + AC - AB=—-a—b+2c.
Khi do 7'=1000p +100m +10n = 2000 -100-10 =1890.
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Cau5: Cho tir dién ABCD c6 4B = AC=AD=1. va BAC = BAD = 60°,CAD =90°. Goi I la diém
trén canh 4B sao cho Al =3IB va J 1a trung diém cia CD. Tinh d¢ dai doan thang IJ (két
qué lam tron dén hang phén tram).

Loi giai
Tri loi: 0,56
A
D
C
B
Ta c: ACAD=0: @.EzAB.AD.co%OO:%; E.“B:%.
e 3 ey 1 —— 3
IJ:1A+AJ=——AB+—(AC+AD)=— AC+AD—->A4B
4 2 2 2
y 2 (= ——= 33—\ (17 e e ) 5
=10 =1 = AC+AD—§AB = ?+2AC.AD—3AC.AB—3AB.AD =

J5

= 1J=—=0,56.
4
Ciu 6: Mot chiée dén tron duogc treo song song véi mit phang nam ngang boi ba soi diy khong dan xuét
phat tir diém O trén tran nha va lan luot budc vao ba diém 4, B,C trén dén tron sao cho cac luc
cing F,, F,, F, 1an lugt trén mdi day O4,0B,0C déu c6 d6 16n bang 60 (N).Cho biét cac duong
thang OA4,0B,OC cung tao v&i mit phang ngang mot goc bang 30°. Tinh trong lugng cta chiée

deén tron do.
j/A
¢_r=
Loi giai
Tra loi: 90

Theo gia thiét ta c6 O.4BC 14 hinh chdp déu vi 04 = OB = OC = 60 va goc tao boi mdi duong
thing O4,0B,0C véi (ABC) 1a 30°.

Goi G la trong tdm cua tam gidc ABC thi OG L (A4BC) va OAG = 0BG = 0CG =30°.
Goi T la trong lugng cua den tron thi 7 = |@ +OB + ﬁ’| = |3ﬁ| =30G.

Trong tam gidc OAG vuong tai G, ta c6: OG = OA4sin 0AG = 60sin30°=30.
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Vay trong luong cua dén 1a 7=3.30=90(N).
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

VECTO
TRONG KHONG GIAN

BAI: HE TQA PQ TRONG KHONG GIAN

DE TEST SO 01

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

thi sinh chi chon mot phuong an.

Trong khong gian véi hé truc toa dd Oxyz , cho @ =—2i+ j—5k . Toa dd clia vecto @ 1a

A. (-2;1,-5). B. (2;-1;5). C. (,-2;-5). D. (2;1;-5).

Trong khong gian Oxyz , cho doan th:fmg AB ¢c6 A (3 ;1= 1) va B(—l 055 7) . Toa dg trung diém
M ctua ABla

A. M(2;6;6). B. M(1;3;3). C. M(-1;3;-3).  D.a(-2;-6;-6).
Trong khong gian Oxyz , cho hinh hop ABCD.A'B'C'D’ . Biét A(l; 0;1) , C'(4; 5;—5) . Tim toa do

tam / cua hinh hdp.

A. 1(5;5-2). B. 1(—3;3;—2) C. 1(3;5; j D. 1(5;3;—2)
22 22 22

Trong khong gian véi h¢ toa dd Oxyz, cho diém A(2; 2;1) . Toa dd cua vecto 04 1a

A. (2;2;1). B. (1;2;2). C. (2;1;2). D. (1;1;2).

Cho tir gidc ABCD biét A(0;—2;1), B(1;3;—2), C(1;00). Tim toa d¢ diém D dé tir gidkc ABCD
14 hinh binh hanh.

A. D(0;-5;3). B. D(0;5;3). C. D(1;5-3). D. D(0;-5;-3).
Trong khong gian Oxyz tim toa do ciia diém A biét diém A nam trén tia Oy va O4=3.
A. A(0; 3;0). B. A(1; -3;0). C. A(3;0;0). D. A4(0; 0;3).

Trong khong gian Oxyz, cho diém 7(-5;0;5) 1a trung diém cua doan MN, biét M (1;,—4;7).
Tim toa do cua diem N .

A. N(—10;4;3). B. N(—l 1;—4;3). C. N(—Z;—2;6). D. N(—ll;4;3).
Trong khong gian Oxyz , hinh chiéu vuéng goc ciia diém A(-5;2;8) trén truc Oy 1a

A. (-5;0;0). B. (0;2;0). C. (-5;0;8). D. (0;0;8).
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN
Trong khong gian Oxyz, cho hinh hop chit nhat ABCD.A'B'C'D' ¢c6 dinh A’ triung véi gbc O

va cac dinh D', B', A lan lugt thudc cac tia Ox, Oy, Oz nhu hinh v&. Gia su dinh C c6 toa do
1a (2;3;4) dbi voi hé toa dd Oxyz . Khi d6 toa d6 diém B 1a

z

' c'
x

A. B(3;0;4). B. B(0;3;4). C. B(2;4,0). D. B(0;2;4).
Cho hinh hop chit nhat OABC.O'B'C' ¢6 canh OA=4, OC =6, OO'=3. Chon h¢ truc toa do
Oxyz cb géc toa d0 O; cac diém A4,C, 0’ 1an luogt nim trén céc tia Ox Oy, Oz .Khi d6 toa do

diém B'la

A. B'(6;3;4). B. B'(6;4;3). C. B'(4;6;3). D. B'(4;3;6).
Cho diém M (3;-2;0); N (2; 4;1). Toa do cia MN la:
A. (-6;-1). B. (-1;6:1). C. (1,0;6). D. (-16;-1).

Mot cin phong c¢6 dang hinh hop chit nhat ABCD.A'B'C'D' véi chidu rong AB =4, chiéu dai
AD =8, chiéu cao 44" =10 dugc gén vao hé truc Oxyz nhu hinh v&. Nguoi ta mudn treo mot
bong dén ¢ tAm hinh hop. Tim toa do vi tri diém M dé treo bong dén.

A. M (4:8;5). B. M (2;4;10). C. M (445). D. M (2;4;5).

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

Cau 2:

sinh chon ding hoac sai.

Trong khong gian Oxyz , cho vecto a=2i- 3}' +4k .

a) Toa do cia vecto a 13 a = (2;-3;4).

b) Néu vecto OA4 = a thi diém 4 c6 toa dd 1a A(-2;3;-4).

c)Biét a=b va b =(3x—y;x—4y;4).Khidé x+y=2.

d) Biét AB=a va A(1;2;-1) thi diém B c6 toa dd la B(3;-1;3).

Trong hé truc toa do Oxyz, cho ba diém A(0;—2;1); B(-2;-2;-1);C(3;1;,-2).
a) Hinh chiéu ctia 4 1én mt phang (Oxz) la 4'(0;0;1).

b) Tam gidc ABC la tam gidc vudng tai 4.

¢) Tt giac ABCD 1a hinh binh hanh thi toa d6 cua D(5;1;4) .

d) Trong tdm cua tam giac ABC la G(%;l;%} .
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Cau3: Trong khong gian Oxyz, cho hinh hdp chir nhat ABCD.A'B'C'D’ ¢6 dinh A tring véi gbc toa
d6 O vacacdinh B; C; D' co toa do lan luot la (2;0;0); (2;4:0); (0;4;3).

z

a) Toa do D(0;4;0).
b) Toa do C'(2;3;4).
¢) Toa dd ciia A4’ = (0;0;3).
d) Toa do cua B'D = (-2;4;-3).
Cau 4: Trong khong gian Oxyz, cho diém A(2;-2;1), B nam trén truc Oy sao cho OB =2.
a) OA=2i-2j+k.
b) Toa d6 diém B(2;0;0).
¢) Piém M (2;2;-1) dbi xtmg véi A qua truc Ox .
d) Toa d6 diém N (=2;2;1) dbi xung véi 4 qua mat phéng toa do (Oxy).

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Caul: Trong khéng gian Oxyz, cho hinh 14 phuong ABCD.A'B'C'D'" c¢o
A(0;0;0),B(2;0,0);D(0;2;0); 4'(0;0;2). Khi dé, toa d diém C'(a;b;c), hdy tinh: a+b+c

Cau 2: Trong khong gian chon hé truc toa d6 cho trude, don vi do léy kilomét, ra da phat hi€én mdt may
bay di chuyén véi van toc va huéng khong doi tir diem 4(100;50;5)dén diém B(200;100;10)
trong 10 phut. Néu may bay tiép tuc giit nguyén vén toc va hudng bay thi toa do cia may bay
sau 10 pht tiép theo 1a C(x;y;z). Khi d6 tinh x+y+z.
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Cau 3:

Cau 4:

Caiu 6:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Mot phong hoc c6 thiét ké dang hinh hop chit nhat véi chiéu dai 148 m, chiéu rong 1a 6 m va
chiéu cao 1a 3 m. Mot chiée dén dugce treo tai chinh gitra tran nha cua phong hoc. Xét hé truc toa
d6 Oxyz c6 gbe Otrung véi mot goc phong va mat phang (Oxy) trung vo1 mat san, don vi do

duoc léy theo mét. Khi do, toa do cua diém treo dén 1a I(x;y;z),haytinh x+y+z.

o' A’

B |a

e = - - - ---—;-

c | B

Trong khong gian v6i hé toa d0 Oxyz, cho AABC biét A4(2;0;0), B(0;2;0), C(L13).
H (xo; yo;zo) 1a chan duong cao ha tir dinh 4 xuéng BC . Khi d6 x, +y, +z, bang. (lam tron
dén hang phan tram).

Nhitng can 1éu gd trong Hinh 1 duoc phéc thao dudi dang mot hinh ling try dimg tam giac
OAB.O'A'B' nhu trong Hinh 2. Vi hé truc toa d0 Oxyz thé hién nhu Hinh 2 (don vi do 14y theo
centimét), hai diém A' va B' ¢o toa do6 1an luot 1a (240; 450;0) va (120;450;300). MOi can nha
g5 ¢ chidu dai 13 @ cm, chiéu rong l1a bem, mdi canh bén cua mit tién c6 dd dai la ccm . Tinh

a+b+c (Lam tron dén hang don vi).

Hinh 1 Hinh 2
Hai chiéc khinh khi cau bay 1én tir cing mot dia diém. Chiéc thir nhat nam cach diém xuat phat
2,5 km veé phia nam va 2 km vé phia dong, dong thoi cach mat dat 0,8 km . Chiéc thir hai nam
cach diém xudt phat 1,5 km vé phia bic va 3 km vé phia tay, dong thoi cach mat dat 0,6 km .
Nguoi ta can tim mot vi tri trén mat dat dé tiép nhién liéu cho hai khinh khi cau sao cho téng
khoang céch tur vi tri d6 té1 hai khinh khi cau nho nhat. Gid st vi tri can tim céch dia diém hai
khinh khi cau bay 1én 1a akm theo hudéng nam va bkm theo hudng tay. Tinh tong 2a +3b.
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 4:

Cau 5:

thi sinh chi chon m¢t phuong an.
Trong khong gian véi hé truc toa do Oxyz, cho d = i+ } —5k. Toa dd cua vecto a 1a
A. (-21,-5). B. (2;-1;5). C. (,-2;-5). D. (2;1,-5).
Loi giai
G=-2i+j-5 =a =(-2;1;-5).
Trong khong gian Oxyz , cho doan thang AB ¢6 A(3;1;-1)va B(-1;5;7). Toa dd trung diém
M cua ABla
A. M(2;6;6). B. M(1;3;3). C. M(-1;3;-3).  D.a(-2;-6;-6).
Loi giai
Toa d¢ trung diém M cua ABla M(l ;35 3).
Trong khong gian Oxyz , cho hinh hop ABCD.A'B'C'D’ . Biét A(l; 0;1) , C’(4; 5;—5) . Tim toa do

tam / cua hinh hop.

A. 1(55-2). B. 1[—21—2}. C. 1(5-5;2]. D. 1(5;3;—2)

2’2 272 2’2
Loi giai
A’
\
B’ \
A
\ [
v -9
A e e
-~
-
,/

Taco: I 1atrung diém ctia AC' suy ra toa do diém 1(%;%;—2).

Trong khong gian véi hé toa dd Oxyz , cho diém A(2;2;1). Toa do cua vecto 04 1a
A. (2;2;1). B. (1;2;2). C. (2;1;2). D. (1;1;2).

Loi gidi
OA =(2;2:1).
Cho tir gidc ABCD biét A(0;—2;1), B(1;3;-2), C(1;00). Tim toa do diém D dé tir gidkc ABCD
1a hinh binh hanh.
A. D(0;-5;3). B. D(0;5;3). C. D(1;5;-3). D. D(0;-5-3).

Loi giai

Goi toa do diém D 1a: D(x;y;z). Dé tir gigc ABCD 1a hinh binh hanh thi 4B = DC
Ta c6: A—B'=(1;5;—3); Rz(l—x;—y;—z)
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l-x=1 x=0
AB=DC & 1{-y=5 ©1y=-5=D(0;-53).
—z=-3 z=3
Vay diém D(0;—5;3) thi tir gidc ABCD 1a hinh binh hanh.
Ciu 6:  Trong khong gian Oxyz tim toa d6 cta diém A biét diém A4 nam trén tia Oy va O4=3.
A. A(0; 3;0). B. A(1; -3;0). C. A(3;0;0). D. A4(0; 0;3).
Loi giai
Taco: A nam trén tia Oy va 04 =3 nén 0A =3} suy ra A(0;3;0).
Cau7: Trong khong gian Oxyz, cho diém I (—5;0;5) 1a trung diém ciia doan MN , biét M (L,—4;7).
Tim toa do cta diém N .
A. N(-10;4;3). B. N(-11;—4;3). C. N(-2;-2:6). D. N(-11;4;3).
Loi giai

Ta c6: 1(-5;0;5) 1a trung diém ctia doan MN nén ta co.

Xyt Xy
X, =——
i Xy =2x, —X,, xN=2(_5)_1 xy =—11
y]:%: Yy =20y & ysz'O_(_4)<:> yy =4 - Suy ra N(_11;4;3)‘
2, +2, zy =2z,—-z, zy =2.5-17 Zy =
ZI:T

Cau8: Trong khong gian Oxyz, hinh chiéu vudng géc cta diém A(—5;2;8) trén truc Oy la
A. (-5;00). B. (0;2;0). C. (-5;0;8). D. (0;0;8).
Loi giai
Hinh chiéu vudng géc cua diem A(-5;2;8) trén truc Oy 1a (0;2;0).
Cau9: Trong khong gian Oxyz, cho hinh hdp chit nhat ABCD.A'B'C'D' ¢ dinh A’ tring véi gbc O
va cac dinh D', B', A 1an lugt thudc cac tia Ox, Oy, Oz nhu hinh v€. Gid st dinh C ¢6 toa do
1a (2;3;4) dbi voi hé toa dd Oxyz . Khi d6 toa do diém B 1a

.
.
.
,
,
,
i
,
,
’
.
,
S o=
s J
- . e
y A'=0 B
-

D’ c’

A. B(3;0;4). B. B(0;3;4). C. B(2;4,0). D. B(0;2;4).
Loi giai
Tacé B 1a hinh chiéu ciia C 1én mat phang (Oyz) suy ra B(0;3;4).
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Cau 10:  Cho hinh hop chit nhat OABC.O'B'C' ¢6 canh OA=4, OC =6, OO"=3. Chon h¢ truc toa do
Oxyz cb géc toa d0 O; cac diém A4,C, 0’ 1an luogt nim trén céac tia Ox Oy, Oz.Khi d6 toa do
diém B'la
A. B'(6;3;4). B. B'(6;4;3). C. B'(4,6;3). D. B'(4;3;6).

Loi giai

n

o' c’

A/

-1 B

A

Ap dung quy téc hinh hop, ta c6 OB’ = 04+ OC + 00’ =47 + 6 +3k = B'(4;6;3).

Cau 11: Cho diém M (3;-2;0); N (2;4;1). Toa dd cia MN la:

A. (1;-6;-1). B. (-1;6:1). C. (1,0;6). D. (-1;6;-1).
Loi giai
Tacd MN =(2-3;4+2;1-0)=(-1;61).

Céu 12: Mot cin phong c6 dang hinh hop chit nhat ABCD.A'B'C'D' véi chiéu rong AB =4, chiéu dai
AD =8, chiéu cao 44" =10 duogc gén vao hé truc Oxyz nhu hinh v&. Nguoi ta mudn treo mot
bong deén ¢ tam hinh hop. Tim toa do vi tri diém M dé treo bong den.

A. M (485). B. M (2;4;10). C. M(4:45). D. M (2;4;5).

Loi giai

Tur gia thiét ta c6 A4(0;0;0),C(4;8;10)
Goi M 1a tAm ctia hinh hop. Khi ¢6 M 1a trung diém cta AC’
Suy ra M (2;4;5)
PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi
sinh chon ding hoac sai.
Cau 1: Trong khong gian Oxyz, cho vecto a=2i- 3;’ +4k .

a) Toa do cia vecto a 13 a = (2;-3;4).
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b) Néu vecto O4 =a thi diém 4 cé toa dd la A(-2;3;-4).
¢)Biét a=b va b=(3x—y;x—4y;4).Khido x+y=2.
d) Biét AB=a va A(1;2;-1) thi diém B c6 toa dd 1a B(3;-1;3).

Loi giai
| a)yPing | b)Sai | o bing | d)Ding |
a) bung.
Co a=2i-3j+4k = a=(2;-3;4)
b) Sai.
Taco: Od=a=(2;-3;4)= 4(2;-3;4)
c¢) bung.
R {3x—y=2 {le
Coa=b =>x+y=2.
x—4y=-3 y=1
d) bung.
x—1=2 x=3
Goi B(x;1;2).C6 AB=a < {y-2=-3¢1y=-1.Viy B(3;-1;3).
z+1=4 z=3
Ciu2: Trong hé truc toa dd Oxyz , cho ba diém A(0;-2;1);B(-2;-2;-1);C(3;1;,-2)..
a) Hinh chiéu ctia 4 1én mt phang (Oxz) la 4'(0;0;1).
b) Tam gidc ABC la tam gidc vudng tai A4 .
¢) Tu giac ABCD 1a hinh binh hanh thi toa d6 cua D(5;1;4) .
d) Trong tam cua tam giac 4BC 1a G(%;l;%z] .
Loi giai
‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Sai ‘
a) blung.
Hinh chiéu cia 4 1én mit phang (Oxz) 1a 4'(0;0;1).
b) bing
Tacé: AC=(3;3;-3) ;AB=(-2;0;-2).
Khi 46 AC.AB =3.(-2)+3.0+(-3).(-2)=0= AC L 4B
¢) Sai.
Giast D(x;y;z). Tacod: BA=(2;0;2) ; CD=(x-3;y-1;z+2)
x—3=2 x=5
Dé ABCD 1a hinh binh hanh thi BA=CD <{y-1=0 <<y=1
z+2=2 z=0
Vay D(5;1;0)
d) Sai.
Trong tam cua tam giac ABC la G(%;—l;%z) .
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Cau 3:

Cau 4:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Trong khong gian Oxyz, cho hinh hdp chir nhat ABCD.A'B'C'D’ ¢6 dinh A tring véi gbc toa
d6 O vacacdinh B; C; D' co toa do lan luot la (2;0;0); (2;4:0); (0;4;3).

z

A o
B : [
__ ______ D
A ¥
g e
C
a) Toa do D(0;4;0).
b) Toa do C'(2;3;4).
¢) Toa do cua ﬂ:(0;0;3).
d) Toa do cua ?5:(—2;4;—3).
Loi giai
‘ a) Pung ‘ b) Sai ‘ c) Dung ‘ d) bung

Tir gia thiét, ta suy ra AB=2i; E:4}’ va AA' =3k .

a) Bing. Toa do cia D(0;4;0).

b) Sai. Toa d9 ctia C'(2;4;3).

c) Bung. Toa d cua 4'(0;0;3) nén AA' = (0;0;3).

d) Bing. Toa d6 ciia B'(2;0;3) va D(0;4;0) nén B'D =(-2;4;-3).

Trong khong gian Oxyz, cho diém A(2;-2;1), B nam trén truc Oy sao cho OB =2.
a) OA=2i-2j+k.

b) Toa do diem B(2;0;0).

¢) Piém M (2;2;-1) ddi xting véi A qua truc Ox .

d) Toa d6 diém N(-2;2;1)d6i xtng voi A4 qua mit phang toa do (Oxy).

Loi giai

| a)Ping | b)Sai | obing | d)Sai |
a) bung.
Theo dinh nghia toa do diém.
b) Sai
Toa do dang B(0;2;0).
c) Bung
Piém ddi xtng qua Ox gitt nguyén toa do x, d6i diu y; z.
d) Sai

Khi ddi xémg qua mat phing (Oxy), toa d6 x va y ctia diém s& duoc giit nguyén, trong khi toa

d6 z s& thay ddi dau.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.
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Cau 1:

Cau 2:

Cau 3:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Trong khong gian  Oxyz, cho hinh 13 phuong ABCD.A'B'C'D" c¢b
A(0;0;0),B(2;0;0);D(0;2;0); 4'(0;0;2). Khi do, toa do diém C'(a;b;c), hiy tinh: a+b+c
z

Loi giai
Tra loi: 6
Ta c6: 4(0;0;0), B(2;0;0);D(0;2;0);4'(0;0;2)
= C(2;2;0);B'(2;0;2);D'(0;2;2);C'(2;2;2).
Trong khong gian chon h¢ truc toa d6 cho trude, don vi do léy kilomét, ra da phat hi€én mdt may
bay di chuyén véi van toc va huéng khong doi tir diem A(100;50;5)dén diém B(200;100;10)
trong 10 phut. Néu may bay tiép tuc giit nguyén vén tc va hudng bay thi toa do cia may bay
sau 10 phut tiép theo 1a C(x;y;z). Khi d6 tinh x+y+z

Loi giai

Tra loi: 465

y 3

Y

Goi C(x;y;z) la toa ¢ ctia may bay sau 10 phit tiép theo.
AB =(100;50;5).
BC =(x-200;y-100;z-10).
Vi may bay gilt nguyén hudng bay nén AB va BC cung hudng.
Do may bay tiép tuc giit nguyén van tc va thoi gian bay tir 4 — B bang thoi gian bay tir
B—>C nén 4B =BC
100 =x-200 x =300
Suyra AB=BC <{50=y-100 < 1y=150= C(300;150;15)
5=2-10 z=15 '
Toa d¢ clia mdy bay sau 10 phut tiép theo 1a C(300;150;15).
X+ y+2z=300+150+15=465
Mot phong hoc co thiét ké dang hinh hop chit nhat véi chiéu dai 1a8 m, chiéu rong 1a 6 m va

chiéu cao 1a 3 m. Mot chiée dén duoc treo tai chinh gitra tran nha cua phong hoc. Xét hé truc toa
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Cau 4:

Ciu 5:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

d0 Oxyz c6 goc Otring v6i mot goc phong va mit phang (Oxy) trung v6i mét san, don vi do

dugc lay theo mét. Khi d6, toa do ciia diém treo dén 1 I(x; y; z), hdy tinh x+ y+z.

Loi giai.

Tra loi: 10
Gia st can phong hinh hdp chir nhat dugc mo phong nhu hinh vé.
Khi do ta co B'(6;8;3)va 0'(0;0;3).
Goi I(x;y;z) 1a diém chinh giita tran nha cua phong hoc.
Vi O'4'B'C’ 1a hinh chit nhat nén O/ = I8’ .
Tacod O7=(x-0;y-0;z-3),IB'=(6-x;8—y;3—z) nén:
x—0=6—-x x=3
Ol=1B < y—-0=8-y<=iy=4.
z-3=3-z z=3
Vay toa d diém treo dén1a 7(3;4;3) = x+y+z=3+4+3=10.
Trong khong gian v6i hé toa d0 Oxyz, cho A4BC biét A4(2;0;0), B(0;2;0), C(L13).

H (xo; yo;zo) 1a chan dudng cao ha tir dinh 4 xuéng BC . Khi d6 x, + y, + z, bang. (lam tron

dén hang phan tram).
Loi giai
Tra loi: 3,09
?(7:(1;—1;3) ;B—I-?(xo;yo -2;z,)
X, =1
Vi B,C,H thing hang nén BH =¢BC, te R.Taco Vo—2=—t (t E]R).
z, =3t

Nén H (t;2-1;3t) e BC.
Khi do: Ez(t—2;2—t;3t).
Ma H la chan duong cao ha tir dinh 4 xuéng BC nén

AH 1 BC= AHBC=0c1-2-2+1t+9t=0 @t:%'

4 18 12 34
H| ——;— |= X+, +2,=—~3,09.
(11 11 11) T Yo R0 =y
Nhimng cin 1éu gd trong Hinh 1 dugc phac thiao dudi dang mot hinh ling try ding tam giac
OAB.O'A'B' nhu trong Hinh 2. Vi hé truc toa dd Oxyz thé hién nhu Hinh 2 (don vi do 1dy theo
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centimét), hai diém A" va B’ c6 toa do 1an luot 1a (240;450;0) va (120;450;300). Mdi cén nha

g0 c6 chiéu dai 13 a cm, chiéu rong 1a bem, mdi canh bén ctia mit tién c6 d6 dai 1a ccm . Tinh
a+b+c (Lam tron dén hang don vi).

Loi giai
Tra 10i: 1013

Vi diém A’ ¢6 toa do 1a (240;450;0) nén khoang cach tir A" dén céc truc Ox,Op lan luot 1
450cm  va 240cm. Suy ra A'A=450cm va A'O'=240cm. Tu gia thiét suy ra
A'B = (~120;0;300),, do do A’B'=‘A—'§’ = J(=120)> + 07 +300* = 60+/29 ~323(cm).

Vi 0'0=A4'4=450cm va O' ndm trén truc Oy nén toa do cta diem O’ 1a (0;450;0).

Do d6 O'B’ =(120;0;300) va O'B'= \W = 1207 + 0% +300% = 6029 ~323 (cm).

Vay moi cin 1éu gd c¢6 chiéu dai 1a 450cm, chidu rong 13 240cm , mdi canh bén ciia mit tién co

do dai 1a 323 cm.

=>a+b+c=1013.

Hai chiéc khinh khi cau bay 1én tir cing mot dia diém. Chiéc thir nhat nam cach diém xuat phat

2,5 km vé phia nam va 2 km vé phia dong, ddng thoi cach mit dat 0,8 km . Chiéc thir hai nam

cach diém xuat phat 1,5 km vé phia bic va 3 km vé phia tay, dong thoi cach mat dat 0,6 km .

Nguoi ta can tim mot vi tri trén mat dat dé tiép nhién liéu cho hai khinh khi cau sao cho téng

khoang céch tur vi tri d6 téi hai khinh khi cAu nho nhét. Gia st vi tri can tim cach dia diém hai

khinh khi ciu bay 1én 12 akm theo huéng nam va bkm theo hudng tay. Tinh tong 2a +3b.
Loi gidi

Tra loi: 3

Chon h¢ truc toa d0 Oxyz véi géc O dit tai diém xudt phat cta hai khinh khi cAu, mat phéng

(Oxy) trung véi mat dat voi truc Ox hudng vé phia nam, truc Oy hudng vé phia dong va truc

Oz huéng thang dimg 1én troi (tham khao hinh v&), don vi do 13y theo kilomét.
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déng
Yy

Chiéc khinh khi cAu thir nht va thit hai & vi tri 4, 8. Ta ¢6 AG; 2;%),3(—%; 4;%) .

Goi C 1a diém déi ximg cia 4 qua mit phang (Oxy), C (%, j Khi do 7 =BCn(Oxy).

Efz(4;5;—%]. Ie(Oxy):I(x;y;O):Ej (x+—,y+3 ——j

3 X 3 a 3
x+= =— =—
—— = 3 3
BC,BI cung phuong nén 2 :%:7: 146 = 24 =2a+3b=3.
=—— h=—
4 7 7
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

VECTO
TRONG KHONG GIAN

BAI: HE TQA PQ TRONG KHONG GIAN
PE TEST SO 02

PHAN 1. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

Cau 8:

Cau 9:

thi sinh chi chon mgt phuwong an.

Trong khong gian Oxyz, cho d@=(1;2;1) va b =(m;n;1). Biét ring vecto a=b, khi d6 gia tri
m+2n bang

A. 5. B. 3. C. 4. D. 2.

Trong khong gian Oxyz , hinh chiéu vudng goc ciia diém K (4; —1;3) trén mat phang (0xz) la
A. (0;-1,0). B. (4;0;0). C. (0;-1;3). D. (4;0;-3).
Trong khong gian Oxyz , tim toa do cia diém M nam trén tia di cua tia Oz théa OM =3.
A. M (0;0;-3). B. M (0;3;0). C. M(3;0;0). D. M (3;3;0).
Trong khong gian Oxyz , tim toa d¢ ciia diém M ddi xtmg voi diém N (1;3;-2) qua gdc toa do
0.
A. M(-1;0;2). B. M (-1;-3;2). C. M (-2;31). D. M(1;-3;2).
Trong khong gian Oxyz, cho hai diém A(1;1;-2) va B(2;2;1). Vecto 4B c6 toa do la
A (-L-1;,-3). B. (3;1;1). C. (L1;3). D. (3;3;—1).
Trong khong gian Oxyz , cho tam giac ABC c6 cac diém A(1,0;3), B(2;3;—4), C(-3;1;2). Tim
toa do diém D sao cho tt giac ABCD 1a hinh binh hanh.
A. (—4;,-2;9). B. (4:2;9). C. (-2:4;-5). D. (6;2;-3).
Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D’ ¢o A(1;0;1), B(2;1;2), D(L;,—-11).
Tinh toa d§ dinh C cua hinh hop.
A. C(4;6;-5). B. C(2;0;2). C. C(3;5;-6). D. C(3;4;-6).
Trong khong gian Oxyz, cho hinh binh hanh 4ABCD tam [ c¢6 toa d¢ cac dinh B(3; 1;0) ,
D(0;4;-6) . Tim toa do diém /.
A. 1(3;5;—3) B. 1(3;5;-6). C. 1(—3;3;—3) D. 1(-3;5;-6).

22 22
Trong khong gian véi hé toa dd Oxyz , cho hinh lap phwong ABCD.A'B'C'D' ¢6 dinh 4 trung
véi gbe toa do 0, diem B(1;0;0), D(0;1;0), D'(0;1;—1). Tim toa d vecto CA’ twong tmg 1a
A. (—1;1;0). B. (1;—1;—1). C. (—1;—1;—1). D. (1;0;—1).
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Cau 10:

Cau 11:

Cau 12:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Trong khong gian véi hé truc toa dd Oxyz , cho hinh hdp chit nhat 4BCD.A'B'C'D' ¢6 diém A
trung v6i gbc toa dd O, diém B nam trén tia Ox , diém D nam trén tia Oy, diém A'nim trén
tia Oz Biét 4B =2, 4D =4, 44'=3. Goi toa do ciia C' 1a (a;b;c) khi d6 biéu thitc a+b—c cb
gia tri 1a.

A. 4. B. 9. C.3. D. 6.

Trong khong gian véi hé truc toa dd Oxyz , cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 diém B
tring v6i goc toa dd Ova toa do cac diém A(3;0;0), D(3;l;0), B'(O;O;S). Goi toa do
C'(m;n; p). Tinh m+n +p

A. 26. B. 9. C. 16. D. 37.

Trong khong gian véi hé toa dd Oxyz cho hinh hop ABCD.A'B'C'D’ . Biét A(2;4;0), B(4;0;0)
, C(-1;4,-7)va D'(6;8;10). Toa do diém B' 1a

A. B'(8;4;10) B. B'(6;12;0) C. B'(10;8;6) D. B'(13;0;17)

PHAN II: Cau tric nghiém diing sai. Thi sinh tra 10i cAu héi. Trong mdi y a), b), c), d) & méi cau, thi

Cau l:

sinh chgn ding hoic sai.

Trong khong gian Oxyz, cho hinh binh hanh ABCD. Biét A(-11;2); B(L,0;3)va
0C=2j-2k.

a) Toa do C(0;2;-2).

b) Hinh chiéu vudng goc ctia 4 1én Oz ¢o toa do A'(0;0;2).

¢) Hinh chiéu ctia B 1én mit phiang (Oyz) c6 toa &6 B'(=1;0;0).

d) Toa do D(-2;3;-3).

Trong khong gian Oxyz, cho ba vecto u = (3:1,-2), V= (L-11), W= (-1,-3;4).
a) &+\:=(4;0;—2).

b)ulv.

c) Hai vecto U—2v va w cung hudng.

d) |ﬁ—\7+27v| =41,

Trong khong gian Oxyz , cho tam gidc ABC véi A(1;0;-2), B(-2;3;4),C(4;-6;1).
a) Toa do trong tdm G cua tam giac la (1;—1;1) .

b) AB=(3;-3;6), AC =(-3;6;-3).

c) Tam gidc ABC la tam giac can.

d) Néu 4BDC 14 hinh binh hanh thi toa do diém D 1a (7;-9;-5).
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Céu4: Trong khong gian Oxyz, cho hinh ldp phwong ABCD.A'B'C'D' « A(0;0;0), B(4;0;0),

D(0;4;0). Goi E 1a trung diém ciia AB va F 1a diém ndm trén tia d6i cta tia AD sao cho

AF =1.
z
A D
|
I
I
|
|
B I C
I
I
I
I
F 1A D y
-—— e = = = e = - — - -
», 0
Ers
.
4

s

’

B C

X
a) Toa do cta diem Cla C(0;4;4).
b) Toa do cia diém B’ 1a B'(4;0;4).
¢) Toa d6 cua diém E 1a (2;2;0).
d) Toa do ctia diém F 1a (0;1;0).
PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.
Cau1l: Trong khong gian Oxyz, cho hai vecto @ =(—4;2;5) va b =(3m+2;2;6—n). Tinh gié tri biéu

thic 6m +2n dé hai vecto a@,b bang nhau.
Cau2: Hinh duéi ddy mé ta mot sin cau 16ng véi kich thirc theo tiéu chudn qudc té. Ta chon hé truc
Oxyz cho san do6 (don vi trén mdi truc 1a mét) va hai diém A, B nhu hinh. Khi do, toa do caa

AB =(a;b;c), hiy tinh: a+b+c (két qua lam tron dén hang phan trim)

Cau3: Trong khong gian Oxyz, cho diém 4(-3;0;0), B(0;—4;0). Goi 7, J lan luot la tm duong

tron ndi tiép va ngoai tiép ctia tam gidc OAB . Tinh d6 dai doan thang 1J . (két qua 1am tron dén
hang phan trim)
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Cau4: Trong khong gian voi mét hé tryc toa do cho trude (don vi do léy theo kilomét), ra da phat hién
mot chiée may bay di chuyén voi van tde va huéng khong doi tir diém A (800 ;500 7) dén diém
B (940 ;5505 8) trong vong 10 phut. Néu may bay tiép tuc giit nguyén van téc va hudng bay thi
toa d0 cia may bay sau 10 phit tiép theo 1a C(x; y;z), hdy tinh x+y+z.
P SR gy
Cau5: Mot may bay dang cit canh tir phi truong.
Vé6ihé toa do Oxyz duoc thiét 1ap nhu hinh cl
bén dudi, cho biét M 14 vi tri cia may bay, 1
OM =14, NOB =32°, MOC =65°.  Khi
do, toa do diém M (a;b;c), tinh a+b+c.
(két qua 1am tron dén hang phan mudi)
= N
Ciu 6: Mot cong ty vién thong dang 1én ké hoach xay dung mot thap vién thong tai mot thanh phd dé
cung cip dich du tot hon. Cong ty can xéac dinh vi tri ctia thap sao cho c6 thé phu song hiéu qua
dén ba toa nha quan trong trong thanh phé. Gia st cac toa nha nay dugc dat tai cac vi tri c6 toa
do nhu sau:
Toanha A(0;0;0)
Toa nha B(6;0;0)
Toanha C(3;4/3;26
Thap vién thong phai dit & vi tri sao cho tong ey, - o et O3 Po
khoang cich tir thap dén 3 toa nha 1a nho nhat. Khi r Prnthy N - 7 Lk'a':
d6 tong khoang cach tir vi tri ctia thap dén ba toa B .(“‘8"'1"‘6. ).,
nha bang bao nhiéu? (két qua lam tron dén hang ' Y “.—.ﬁ_
h;\ N , - . Y Y j
phan muoi) 2 ¥ ' _, :
: o
---------- HET -
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 5:

Ciu 6:

thi sinh chi chon m¢t phuong an.
Trong khong gian Oxyz, cho d=(1;2;1) va b =(m;n;1). Biét ring vecto a=b, khi do gia tri
m+2n bang
A. 5. B. 3. C. 4. D.2.
Loi gidi

Ta c6 Z;:E@{ M m+2n=1+22=5,
=n

Trong khong gian Oxyz, hinh chiéu vudng goc cua diém K (4; — 1;3) trén mat phéng (Oxz) Ia
A. (0;-1,0). B. (4;0;0). C. (0;-13). D. (4;0,-3).

Loi giai
Hinh chiéu vudng géc cua diém K (4;—1;3) trén mat phang (Oxz) 1a (4;0;-3).
Trong khong gian Oxyz, tim toa d ciia diém M nam trén tia ddi ctia tia Oz thoa OM =3.
A. M (0;0;-3). B. M (0;3;0). C. M(3;0;0). D. M(3;3;0).

Loi gisi
M nam trén tia doi cua tia Oz nén z,, <0.
Suy ra diém M (0;0;-3) thoa yéu ciu dé bai.
Trong khong gian Oxyz , tim toa d0 ctia diém M déi xtmg voi diém N (1;3;-2) qua goc toa do
0.
A. M(-1,0;2). B. M (-1;,-3;2). C. M (-231). D. M(1;-3;2).

Loi giai
Theo gia thiét ta c6 OM = NO=(-1;-3;2) = M (-1;-3;2).
Trong khong gian Oxyz , cho hai diém A(L;1;—2) va B(2;2;1). Vecto 4B cd toa do la
A. (-1;-1-3). B. (31;1). C. (1;1;3). D. (3;3;-1).

Loi gidi

AB=(2-1;2-1;1-(-2)) hay 4B =(1;1;3).
Trong khong gian Oxyz, cho tam gidc ABC c6 cac diem A(1;0;3), B(2;3;—4), C(-3;1;2). Tim
toa d6 diém D sao cho tir gidc ABCD 1a hinh binh hanh.

B

C

A D

A. (-4-2,9). B. (42;9). C. (-2:4;-5). D. (6;2;-3).
Loi giai
Goi D(x;y;z) = CD=(x+3;y-1;z-2) va BA=(~1,-3;7).
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x+3=-1 x=-4

T giac ABCD 1a hinh binh hanh khi va chi khi: BA=CD < y-1=-3<y=-2
z—2=7 z=9

= C(—4-2;9)
Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D’ ¢o A(1;0;1), B(2;1;2), D(L,—-11).

Cau 7:
Tinh toa d§ dinh C cua hinh hop.
A. C(4;6;-5). B. C(2;0;2). C. C(3;5;-6). D. C(3;4;-6).
Loi giai
D!
4, :
D!
el St
A
Vi ABCD 1a hinh binh hanh nén
AB=DC
Xp—X, =X, —X, Xo=2
SNV Vi =Ye—Vp Ve =0=C(2;0;2)
Zp—Z,=Zo—Zp z, =2
Cau8: Trong khdng gian Oxyz, cho hinh binh hanh ABCD tim I ¢6 toa do cic dinh B(3;1;0),
D(0;4;—6) . Tim toa d6 diém I .
35 33
I =555-3 . B. 1(3;5;-6). C.I|-==-3].  D.I(-3;5-6).
2°2 272
Loi giai
Goi I (a;b;c) suyra ﬁ:(a—3;b—l;c), m:(—a;4—b;—6—c).
3
a=—
a-3=-a g
Vi ABCD 1a hinh binh hanh tdm [ nén B/ = ID =b—-1=4-b= b=5 .
c=—6-c =3

Vay I(%;%;—ij.
Cau9: Trong khong gian véi hé toa 0 Oxyz , cho hinh lap phuong ABCD.A'B'C'D' ¢6 dinh 4 trung
v6i gbe toa do 0, diém B(1;0;0), D(0;1;0), D'(0;1;—1). Tim toa do vecto CA’ tuong tng la
A. (-110). B. (I-1;-1). C. (-L-L-1). D. (1;0;-1).

Loi gidi
Page 6

Gido vién: Huynh Vin Anh — 42 Nguyén Cw Trinh — Thugn Hoa — TP Hlfé, —DT: 0984164935
Chuyén luyén thi: Tuyén sinh vao lop 10 — Tot Nghiép THPT Quoc Gia — BDKT Todn 10; 11; 12

Swu tam va bién soan
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Cau 11:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Tacé A'(0;0;—1),C(1;1;0) nén CA' = (—1;—1;—1).
Trong khong gian véi hé truc toa dd Oxyz , cho hinh hop chit nhat 4BCD.A'B'C'D' ¢ diém A
tring voi goc toa dd O, diém B nam trén tia Ox , diém D ndm trén tia Oy , diém A4'nam trén

tia Oz Biét AB=2,4D=4,44'=3. Goi toa d ctia C' 1a (a;b;c) khi d6 biéu thic a+b—c ¢6

gia tri 1a.
A. 4. B. 9. C.3. D. 6.
Loi giai

Theo gia thiét c6 AB=2i; AD=4 j;A4'=3k;
Ap dung quy tic hinh hop ta co: AC'= AB+ AD+ AA'=2i+ 4}-&-3/; )
Do d6 diém C' ¢6 toa d6 1a (2;4;3). Vay a+b—c=2+4-3=3
Trong khong gian véi hé truc toa dd Oxyz , cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 diém B
trung voi gbc toa 0 Ova toa do cac diém A(3;0;0) , D(3; 1;0), B'(O; 0;5). Goi toa do
C'(m;n; p). Tinh m* +n* + p’
A. 26. B. 9. C. 16. D. 37.
Loi gidi

Vi toa do diém 4(3;0;0) = BA=3i

Vi toa do diém D(3;1;0) = BD=3i +

Ma BD=BA+BC=BC=BD-BA=3i+-3i=]
Vi toa d6 diém B'(0;0;5)= BB'=5k

Tacé BC'=BC+BB'= j+5k = C'(0;1;5). Vay m* +n’ + p* =26
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Trong khong gian véi hé toa dd Oxyz cho hinh hop ABCD.A'B'C'D’ . Biét A(2;4;0) , B(4; O;O)
, C(-1;4,-7)va D'(6;8;10). Toa do diém B' 1a
A. B'(8;4;10) B. B'(6;12;0) C. B'(10;8;6) D. B'(13;O;17)

Loi giai

a0 B

| -
D'(6; 8 10)]
|

1;1(2; 4 0)
Pe =<Z T T B(4; 0; 0)

D o C(1; 45-7)
Gia st D(a;b;c), B'(d'3b';c)
Loy |
Goi O=ACNBD :0(5;4;%j =<b=8
c=-7

Vay DD’ =(9;0;17), BB =(da'~4;';c'). Do ABCD.A'B'C'D' 1a hinh hop nén DD’ = BB’
a' =13

=1b'=0 . Viy B'(13;0;17).
=17

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

sinh chon ding hoac sai.

Caul: Trong khong gian Oxyz, cho hinh binh hanh A4BCD. Biét A(-1;1;2); B(1;0;3)va
0C=2j-2k.
a) Toa do C(0;2;-2).
b) Hinh chiéu vudng goc ctia 4 1én Oz ¢o toa do 4'(0;0;2).
¢) Hinh chiéu cia B 1én mit phing (Oyz) c6 toa &6 B'(=1;0;0).
d) Toa d6 D(-2;3;-3).
Loi giai
‘ a) Pung ‘ b) Ping ‘ ¢) Sai ‘ d) bung
a) Dung
Theo dinh nghia toa d§ diém.
b) Pung
Hinh chi€u vuong goéc cua 4 1én Oz gilr nguyén toa do z, toa do x; y bang 0.
c¢) Sai
Hinh chiéu cua B 1én mit phang (Oyz) c6 toa do B'(0;0;3).
d) Pung
Goi toa d¢ diém D 1a (x;y;z)
AB=(2;-1;1); DC =(~x;2—y;-2~2)
Vi ABCD 1a hinh binh hanh nén DC = 4B
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Cau 2:

Cau 3:

Cau 4:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO
—x=2 x=-2

Suyra<2—-y=-1<qy=3
—2-z=1 z=-3
Vay toa do diem D la D(-2;3;-3).
Trong khong gian Oxyz, cho ba vecto U= (3;1; —2), V= (1;—1;1), W= (—1; —3;4).
a) u+v=(4,0;-2).
b)ulv.
c) Hai vecto U—2v va w cung huéng.

d) |&—§+2@|=Jﬂ.

Loi giai

| a)Sai | b)Ping | oSai | d)Ping
a) Sai
Do u+v=(40;-1).
b) Pung
Do uv=0nénulv.
c¢) Sai
Do u—2v=(1;3;-4) = —w nén hai vecto nguoc huéng.
d) Pung

Do u—v-+2w=(0;~4;5) = |u—v+2u| =0 +16+25 =41

Trong khong gian Oxyz, cho tam gidc ABC véi A(1;0;-2), B(-2;3;4),C(4;-631).
a) Toa d0 trong tAm G ciia tam gidc 1a (1;-1;1).

b) AB=(3;-3;6), AC =(-3;6;-3).

c) Tam gidc ABC la tam giac can.
d) Néu 4BDC 1a hinh binh hanh thi toa d6 diém D 1a (7; -9; —5) .

Loi giai
‘ a) Pung ‘ b) Sai ‘ c¢) Dung ‘ d) Sai ‘
a) Dung
b) Sai
Do AB=(-33;6), AC =(3;-6;3).
c) bung
Do AB = AC =36 nén tam giac ABC cantai A.
d) Sai

Goi D(x; V; z) , Vi ABDC 1a hinh binh hanh nén
ﬁ=@©(—3;3;6)=(x—4;y+6;z—l)<:>(x;y;z)=(1;—3;7).

Trong khong gian Oxyz, cho hinh lap phuong ABCD.A'B'C'D' « A(0;0;0). B(4;0;0).

D(O; 4;0). Goi E 1a trung diém cua AB va F la diém nim trén tia d6i cta tia 4D sao cho

AF =1.
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z

A D

I

I

:

B' : c

I

:

I

F 1A D y
-— - --—/—fo- ----------- -
5
B C
X
a) Toa do cua diém Cla C(0;4;4).
b) Toa d6 cua diém B’ 1a B'(4;0;4).
¢) Toa d¢ cia diém E 1a (2;2;0).
d) Toa d¢ cua diém F 1a (0;10).
Loi giai
| a)Sai | b)Pung | ¢)Sai | d)Sai |

a) Sai
Toa d¢ cia diém Cla C(4;4;0)
b) Pung
c) Sai

E nam trén tia Ox va OF :% =2 nén £(2;0,0).
d) Sai
F nam trén tia ddi cia tia Oy va OF =1 nén F(O;—l;O).
PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.
Cau 1: Trong khong gian Oxyz, cho hai vecto a = (—4; 2;5) va b = (3m+2;2;6—n). Tinh gia tri biéu

thitc 6m +2n dé hai vecto d@,b bang nhau.

Loi giai
Tra loi: -10
3m+2=-4
T m=-2
a=b=:2=2 :>{ :>6m+2n:6.(—2)+2.1:—10.
"=
6—n=>5

Cau 2: Hinh dudi ddy mo td mdt san ciu 16ng véi kich thuce theo tiéu chuin quéc té. Ta chon hé truc
Oxyz cho san do6 (don vi trén mdi truc 1a mét) va hai diém A, B nhu hinh. Khi do, toa do cua

AB =(a;b;c), hiy tinh: a+b+c (két qua lam tron dén hang phan trim)
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Cau 3:

Cau 4:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Loi giai
Tra loi: 7,65
Tur hinh v€ ta c6 A4(6,7;0;0),B(6,7;6,1;1,55).
Vay toa 0 AB la:
AB =(6,7-6,7;6,1-0;1,55-0)=(0;6,1;1,55) = a+b+c=0+6,1+1,55=7,65.
Trong khong gian Oxyz, cho diém A(-3;0;0), B(0;—4;0). Goi 7, J lan luot la thm duong
tron ndi tiép va ngoai tiép ctia tam gidc OAB . Tinh d6 dai doan thang 1J . (két qua 1am tron dén
hang phan trim)
Loi giai
Tra loi: 1,12
Ta c6: OA=(-3;0,0)= 04=3; OB=(0,-4;0)= OB =4; AB=(3;-4;0)= AB=5.
AOAB vuéng tai O, nam trong mit phang (Oxy).

yA
A(-3:0:0)

'B(0:-4:0)

1 1 OA+OB+ AB _

Sous =7 OAOB=—34=6; p= 6= r=Sasc 1,

2 p
= I(-1;-1;0) 1a tim duong tron ndi ti€p AOAB .

Do AOAB vudng tai O nén J 1a trung diém cia 4B = J(—%;—Z;Oj.

2
U= —l;—1;0j:1J= (‘lj P 0 =B s,
2 2 2

Trong khong gian vi mot hé truc toa do cho trudc (don vi do 13y theo kilomét), ra da phat hién
mot chiée may bay di chuyén voi van tdc va huéng khong doi tir diém A (800 ;500 7) dén diém

B (940 ;5505 8) trong vong 10 phut. Néu may bay tiép tuc giit nguyén van téc va hudng bay thi

toa do cia may bay sau 10 pht tiép theo 1a C(x; y;z), hdy tinh x+y+z.
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[9i}

P o

Loi giai.

Tra loi: 1689
Goi C(x; y;z) lavi tri cia may bay sau 10 phut tiép theo. Vi huéng ciia may bay khong d6i
nén E,ﬁ 1a cing hudng. Do vén tdc ciia may bay khong ddi va thoi gian bay tir 4 dén B
bang thoi gian tir B d¢én C nén 4B =BC.
Ta c6: AB = (940800 ; 550500 ;8 —7) = (140,50 ;1) . BC =(x—940; y—550; z—8).

140 = x—940 x=1080
AB=BC <1{50=y-550 <{y=600 .

1=2z-8 z=9
Vay C=(1080;600;9)=> x+y+2z=1080+600+9=1689.

Cau5: Mot may bay dang cit canh tir phi truong. Vi hé toa do Oxyz dugce thiét lap nhu hinh bén dudi,

cho biét M 1a vi tri cia may bay, OM =14, NOB =32°, MOC = 65°. Khi d6, toa do diém
M (a;b;c), tinh a+b+c. (két qua lam tron dén hang phan mudi)

Tra loi: 23,4

Tam giac OCM vudng tai C ¢6

OC =0OM .cos65°=14.c0s65°=5,9 va CM =OM .sin65°=14.8sin65°=~12,7.
ON=CM, AN =OB.

C6 AON =90°—-BON =58°
Tam giac OAN vuong tai A c6
OA=0ON.cos58°=12,7.cos58°~ 6,7 va AN =ON.sin58°=12,7.sin58° ~10,8.
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OM =0A4i+O0B.j+0Ck=6,7i+10,8.j+5,9k .

Vay M(6,7;10,8;5,9) =a+b+c=6,7+10,8+5,9=23,4.

Mot cong ty vién thong dang 1én ké hoach xay dung mot thap vién thong tai mot thanh phé dé
cung cap dich du tot hon. Cong ty can xac dinh vi tri ctia thap sao cho c6 thé phii séng hiéu qua
dén ba toa nha quan trong trong thanh phé. Gia st cac toa nha nay dugc dat tai cac vi tri c6 toa
do nhu sau:

Toanha 4(0;0;0)

Toa nha B(6;0;0)

Toa nha C(3; \/g; 2«/6)

Thép vién thong phai dat & vi tri sao cho téng khoang cach tir thap dén 3 toa nha 1a nho nhat.
Khi d6 tong khoang cach tir vi tri ciia thap dén ba toa nha bang bao nhiéu? (két qua 1am tron
dén hang phan mudi)

Tra loi: 10,3
Goi vi tri thap 1a T(x;y;z). ViAB = AC = BC = 6nén tam giac ABC déu. Khi d6 vi tri cta

thap 1a trong tdm cua tam giac ABC.

0+6+3 9
X = = —
3 2
NE)
, 0+0+—- &3 9 V3 246
Taco: y=——"7==— =T|—;—;—
3 6 2 6 3
__0+0+2J6 _2V6
3 3

Khi d6 khoang cach tir thap dén cac toa nha la:

N

TA:TB:TC:T

Vay tong khoang cach can tim 1a: S =T4A+TB+TC =

~10,3

3J47
2
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| CHUONG |

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

VECTO
TRONG KHONG GIAN

BAI: BIEU THUC TQA PQ CUA CAC PHEP TOAN VECTO
PE TEST SO 01

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 4:

Ciu 5:

Ciu 6:

Cau 7:

Cau 8:

thi sinh chi chon mgt phuwong an.
Trong khong gian v6i hé toa do Oxyz , cho céc vecto a = (L-1; —2),[3 =(3;0;-1) ,c=a-b.Toa
do ¢ la

A. c=(-2;-11). B. c=(2;1;1) C.c=(-2-L-1).  D.c=(2-L1).

Trong khong gian vdi h¢ toa do Oxyz, cho céc vecto a= (4;—1;5) ,I; = %ZI Toa do b 1a
A. Ez(2;—l;§j. B. Ez(2;l;§j C. B=(8;—2;5). D. Z;=(4;l;5).

Trong khong gian véi hé toa do Oxyz Oxyz, cho hai vecto a = (l;l;O),l; =(3;-10), va diém
A(L;2;-2). Toa d¢ diém M thoa man AM =2a-b la

A. M(-5:1;2). B. M (3;-2;1). C. M (1;4,-2). D. M(0;52).

Trong khong gian v6i hé toa do Oxyz, cho vecto U= (3 ;05 1) va v= (2 ;1s O) . Tinh tich v6 huéng

- —

uy.

A. uv=8. B. uv=6. C. uv=0. D. uv=-6.

Trong khong gian véi hé toa d Oxyz, cho vecto u= (3;0;1) . Bo dai cua véc to u béng

A. ‘&‘:Jﬁ. B. ‘&‘:10. C. ‘&‘:4. D. ‘&‘:3.

Trong khong gian vai hé truc toa do Oxyz, cho hai vecto ;z (2; 1;0) va E: (—1; 0; —2) . Tinh

cos(a,b).

A. cos (Z,E) = —% B. cos(g,g) = —% C. cos (E,g) = % D. Cos(;,g) :é

Trong khong gian voi hé toa d Oxyz, cho A(1;2;0); B(—1;0;3). Tim toa do diém M thudc tia
Ox sao cho tam gidc 4BM vuong tai M .

A. M(1;0;0). B. M (-1;0;0). C. M(0;0;1). D. M (0;0;-1).
Trong khong gian Oxyz , cho hai diém 4 (2; 3;—- 2) va B (—2; 4; l) .Biét B 1a trung diém cua doan
thang AC . Khi @0, toa d6 cta diém C 1a

A. (2;50). B. (-41;3). C. (6;2;-5). D. (-6;5;4).
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Trong khong gian v6i hé toa dd Oxyz, cho ba diem M (3;2;8), N(0;1;3) va P(2;m;4). Tim
m dé tam gidc MNP vudng tai N .

A.m=25. B. m=4. C. m=-1. D. m=-10.
Trong khong gian Oxyz cho a = (1;-2;3). Vecto 2.a b toa dd la
A. (2;-4:6). B. (2;4:6). C. (2;-4;-6). D. (-2;-4;6).

Cho u =(~1;1;0), v=(0;~1,0), gbc giita hai vécto u va v Ia

A. 120°. B. 45°. C. 135°. D. 60°.

Trong khong gian Oxyz , cho hai diém 4(2;-2;1), B(0;1;2). Toa do diém M thudc
mit phang (Oxy) sao chobadiém 4, B, M thang hang la

A. M (4;5;0). B. M (0;0;1). C. M (4;-5;0). D. M (2;-3;0).

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi

sinh chon ding hoac sai.

Cau1: Trong khong gian vdi hé toa dd Oxyz, cho hai vecto a = (1,—4;0); b= (-6;15;0).
a) Toa do véc to a+5b 1a (-5;11;0).
b) Toa do véc to a—b la (=5;10;1).
¢) Toa dd véc to 2a+b 1a (—4;7;0).
d) Toa do vecto u thoamin: u+a=>b la (=7;19;0).

A . . A . ez 8 4 8

Cau2: Trong khong gian toa d Oxyz cho hai diem 4(2;2;1), B 333 )
a) b6 dai doan théng AB = \/g .
b) Tam gidc OAB la tam giac nhon.
¢) Chan duong phan giac trong goc AOBla D(O;%;%).
d) Biét /(a;b;c) 1a tim duong tron ndi tiép cla tam gide O4AB. Khido: S=a+b+c=2.

Cau3: Mot thap trung tim kiém soat khong luu & san bay cao 80 m sir dung ra da c6 pham vi theo dai
500 km duoc dit trén dinh thap. Chon hé truc toa dd Oxyz ¢ gbc O tring véi vi tri chan thap,
mit phing (Oxy) tring véi mét dat sao cho truc Ox huéng vé phia tay, truc Oy huéng vé phia
nam, truc Oz hudng thiang dung 1én phia trén (Hinh 2) (don vi trén mdi tryc tinh theo kildémét).
Mot may bay tai vi tri 4 cach mat dat 10 km, cach 300 km vé phia dong va 200 km vé phia
béc so voi thap trung tdm kiém soat khong luu. Trong cac khang dinh sau day, khing dinh nao
dung, khang dinh nao sai?
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Cau 4:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

z

Hinh 2

a) Ra da ¢ vi trf c6 toa do (0;0;0).

b) Vitri 4 c6 toa do (300;200;10).

¢) Khoang cach tir may bay dén ra da 1a khoang 360,69 km (lam tron két qua dén hang phan
tram).

d) Ra da cua trung tam ki€ém soat khong luu khong phat hién dugc may bay tai vi tri 4.

Trong khong gian Oxyz cho tam giac ABC biét: A(l;—l;2), B(—2;O;3) , C(O;l;—2) .

a) Diém G(%; O;lj la trong tam tam gidc ABC.

b) Tam gidc ABC c6 chu vi bing v11++/21++/30.

c) cosA=£.
321

d) Goi M (a;b;c) 1a diem thude mit phing (Oxy) sao cho bicu thirc
S = MA.MB +2MB.MC +3MC.MA dat gié tri nho nhat. Khi d6 T =12a+12b+c=—1.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.

Cau 1:

Trong khong gian Oxyz, cho hai diém A(1;2;1),B(2;-1;3) va diém M (a;b;0) sao cho

MA* + MB? nho nhét. Gi tri cia a +b bang
Hai chiéc may bay khong ngudi lai cing bay 1én tai mot dia diém. Sau mot thoi gian bay, chiée
mdy bay thtr nhat cach diém xuat phat vé phia Bac 20(km) va vé phia Tay 10(km), dong thoi

cach mit dat 0,7(km). Chiéc mdy bay thr hai cach diém xuat phat vé phia Dong 30(km) va vé
phia Nam 25(km), dong thoi cach mat dat 1(km). Xéc dinh khodng céch giita hai chiéc mdy

bay. (két qua lam tron dén hang don vi)
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Cau 3: Trén phan mém mo phong viéc diéu khién drone giao hang trong khong gian Oxyz , mot doi gom
ba drone giao hang A4, B,C dang c6 toa do la A(l; —3;2) , B(m;m—2;6), C(m—2;m;5) , trong
d6 m1a tham sd, don vi do do dai tinh bang
kilomet. Biét kho hang dang ¢ tai diém

( &

I(1;1;0). Vi ly do nhién liéu nén cac drone

khong duoc di chuyén qua xa kho hang, cu thé

la cac drone khong dugc cach kho hanh qua
100 km. Xac dinh s gia tri nguyén cta tham ¢
s0 m dé cac drone cach kho hang khong qua
100km.

Cau4: Tinh cong (don vi N) sinh béi luc 17(6;8; —10) tao boi mot drone giao hang khi thyc hién mét
dd dich chuyén d (100;200;200).

S

Cau 5: Mot thiét bj tham do day bién dang lin voi vecto van tdc cua thiét bi khi bién dung yén 1a

v=(11;7;—4) (don vi: km/h). Cho biét vecto van toc cia dong hai luu cua ving bién la
w=(4;2;0) (don vi: km/h). Tinh toc do cua thiét bi trong diéu kién c6 dong hai luu, céc yéu to

khac khong dang ké (don vi km/h, lam tron dén hang phan chuc).

Gido vién: Huynh Vin Anh — 42 Nguyén Cuw Trinh — Thugn Hoa — TP ngé' —DT: 0984164935 Page 4
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Cau 6:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Mot chiée dién thoai iphone dugc dit trén mot gia d& ¢ ba chan véi diém dat S(0;0;20) va céc
diém cham mt dit ciia ba chan lan luot Ia 4(0;-6;0), B(3v/3;3;0), C(-3v/3;3;0) (don vi cm).
Cho biét dién thoai c6 trong luong 1a 2 N va ba luc tac dung Ién gia 46 dugc phan bd nhu hinh
v& 1a ba lyc F,F,F, c¢6 do 1on bing nhau. Biét toa do cua lyc F = (a;b;c), khi do

T =2a+5b+6¢ bang?
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

thi sinh chi chon mgt phuwong an.
Trong khong gian v6i hé toa do Oxyz , cho céc vecto a = (L-1; —2),[3 =(3;0;-1) ,c=a—b.Toa
do c l1a
Aoc=(-2-11).  B.c=(211) c BT p.oc=(2-n).
Loi giai
Taco: c=a—b=(1-3;-1-0;-2+1) = (-2;-1;-1).

L . -1 .
Trong khong gian v6i hé toa dd Oxyz , cho cac vecto a =(4;-1;5),b = 54 Toadod b 1a

A. - B. B:(Z;%;gj C. 5:(8;—2;5). D. 52(4;1;5).

Cau3: Trong khong gian v6i hé toa dd Oxyz Oxyz, cho hai vecto a = (1;1;0),5 =(3;-1;0), va diém
A(1;2;-2). Toa d¢ diém M thoa man AM =2a-b la
A. M(-51;2). B. M (3;-21). C. M(1;4;-2). . M(0;52).
Loi giai
Ta c6 2a-b=(-1;3;0). Goi M(x;y;z),suyra AM =(x—1y-2;z+2).
x—1=-1 |x=0
Theo gia thiét, suyra {y—2=3 ={y=5 ;
z+2=0 z=-2
Suy ra M (0;5;2).
Cau 4: Trong khong gian vdi hé toa dd Oxyz, cho vecto U= (3 ; 0;1) Vi V= (2;1;0) . Tinh tich v6 hudéng
wy.
A uv=8. B. i C.uv=0. D. uv=-6.
Loi giai
Tacod uv=32+0.1+1.0=6.
Cau 5:  Trong khong gian véi hé toa d Oxyz, cho vecto u= (3;0;1). Do dai cua véc to u béng
A-- B. ‘&‘:10. C. ‘&‘:4. D. ‘&‘:3.
Loi giai
P dai ciia vec to [u| = 3> +0% +1* =4/10.
Cau 6: Trong khong gian v&i hé truc toa do Oxyz, cho hai vecto ;= (2; 1;0) va E= (—1; 0; —2) . Tinh
cos(a,b).
- = 2 i A i
A. cos(a,b):—— B. C. cos(a,b)=— D. cos(a,b):—
25 25 5
Loi giai
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

- —

_ab 2 2
il VBN s
Cau7: Trong khong gian voi hé toa d Oxyz, cho A(1;2;0); B(-1;0;3). Tim toa do diém M thudc tia
Ox sao cho tam gidc 4BM vuong tai M .
A M(1;0;0), B. M(-1;0;0). . M(0;0;1). D. M (0;0;-1).
Loi giai
Goi M(a;0;0) (a>0) Ia diém thudc tia Ox . Ta c6 AM =(a-1,-2;0); BM =(a+1,0;-3).
a=1(TM)
a=-1(L)

Ta c6 cos (E,l:)

Dé tam giac ABM vudng tai M thi AM.BM =0< (a—-1)(a+1)=0< {

vay M (1;0;0).
Cau8: Trongkhong gian Oxyz , cho hai diém A(2;3;-2) va B(-2;4;1). Biét B 1a trung diém cuia doan
thang AC . Khi @0, toa do cta diém C 1a

A. (2:5:0). B. (—413). C. (6:2-5). D. (<6:5:4).

Loi gidi.
_2=2+a
SV
Goi C(a;b;c). Vi B la trung diém cta doan thang AC nén 4=% &< b=5.
1:—2+c c=4
2

Vay C(-6;5;4).
Cau9: Trong khong gian véi hé toa dd Oxyz, cho ba diém M (3;2;8), N(0;1;3) va P(2;m;4). Tim
m dé tam giac MNP vudng tai N .

A. m=25. B. m=4. C.m=-1. Q.-
Loi giai
Tacé NM =(3;1;5), NP =(2;m—1L1).
Do tam gidc MNP vuéng tai N nén NM.NP=0=6+m—-1+5=0=m=-10.
Cau 10: Trong khong gian Oxyz cho a = (1;-2;3). Vecto 2.a c6toa dd la
A (2-46). B. (2:46). C. (2-4,-6). D. (<2;-4;6).
Loi giai
Ta c6: 2.a=(2;-4;6).
Cau11: Cho u =(—l;l;0), ;/:(O;—I;O), gbc gitra hai vécto uvavla
A. 120°. B. 45°. C.[135° D. 60°.
Loi giai:
Ta co cos(ﬁ,;) - (;,;) =135°.

R

Chu 12: Trong khong gian Oxyz, cho hai diém A(2;-2;1), B(0;1;2). Toa do diém M thudc
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

mit phang (Oxy) sao cho badiém 4, B, M thang hang la
A. M (4;5;0). B. M (0;0;1). C. M(4;-5;0). D. M (2;-3;0).
Loi giai:
Tacod M e(Oxy)= M (x;y;0); ﬁ=(—2;3;1);W=(x—2;y+2;—1).

2 2 \ T s TR e, Xx=2 y+2 -1 x=4
bé A4, B, M thang hang thi AB va AM cung phuong, khi do: 5 :T:TC} s
— y:_

Vay M (4;-5;0).
PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi
sinh chon ding hoac sai.
Cau1l: Trong khong gian v6i hé toa dd Oxyz, cho hai vecto a = (1,-4;0); b= (-6;15;0).
a) Toa do véc to a+5b 1a (-5;11;0).
b) Toa d9 véc to a—b 1a (=5;10;1).
¢) Toa dd véc to 2a+b 1a (—4;7;0).
d) Toa do vecto u thoamin: u+a=>b la (=7;19;0).
Loi giai
| b)Sai | oPing | d)Ping |
a) Toa d0 véc to a+b = (=5;11,0). Vay y a l1a dung.

‘ a) Dung

b) Toa d¢ véc to a—b=(7;-19;0). Vay y b 1a sai.
¢) Toa dd véc to 2a+b=(~4;7;0). Vay y c la ding.
d)Taco u+a=b<u=b—a=(-7;19;0). Vay y d 1a dung.

w | 0
W |

9

Cau 2: Trong khong gian toa d§0 Oxyz cho hai diém A(Z; 2;1) , B(—

.§J
73 M

a) b6 dai doan théng AB = \/g .
b) Tam gidc OAB la tam giac nhon.

¢) Chan duong phan giac trong goc AOBla D(O;%;%).

d) Biét /(a;b;c) 1a tim duong tron ndi tiép cla tam gide O4AB. Khido: S=a+b+c=2.

Loi giai
‘ a) Sai ‘ b) Sai ‘ ¢) bing ‘ d) Pung ‘
0
I
A D B
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Cau 3:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

a) Ta co: AB=\/(—§—ZJ +(£—2) +(§—lj =5.
3 3 3

Viy a) sai.

4
33
Do do6 tam giac OAB vudng tai O. Vay b) sai.
¢)Laico: O4=3, OB=4,4B=5.

u.)|oo
|oo

:OAOB——?+3+§—O = 041 O0B.

b)Tacc'):aZl:(2;2;l),@ [_ J 16 8 8

Goi D la chan duong phan gidc trong goc AOB= D thudc doan 4B .
Theo tinh chit cta phan giac trong ta co:

PA_O4 3 pi--2DB=np[0;22:2] vayc) dung.
DB OB 4 4 777
d) Tam gidc OAB c6 dién tich S = %.OA.OB =6,nrachuvi p= W =6
=>r= S 1 1a ban kinh dudng tron noi tiép; chiéu cao OH = 0408 _12 .
)% AB 5
Goi 7 1a tim dudng tron noi tiép tam giac O4B = I thude doan OD .
a=0
Taco: 2Lo ' _2 L DBi=2D0 = I=(0:11) hay {b=1.
DO OH 12 12 !
C =

Vay S=a+b+c=2.Vay d) diang.

Mot thap trung tim kiém soat khong luu & san bay cao 80 m sir dung ra da c6 pham vi theo doi
500 km duoc dit trén dinh thap. Chon hé truc toa dd Oxyz ¢ gbc O trung véi vi tri chan thap,

mit phang (Oxy) tring v6i miat dat sao cho truc Ox hudng vé phia tay, truc Oy hudng vé phia

nam, truc Oz huéng thang dimg 1én phia trén (Hinh 2) (don vi trén mdi truc tinh theo kilomét).
Mot méy bay tai vi tri A4 cach mat dat 10 km, cach 300 km vé phia dong va 200 km vé phia
béc so véi thap trung tAm kiém soat khong luu. Trong cac khang dinh sau day, khang dinh nao

dung, khang dinh nao sai?
4

€T
a) Ra da ¢ vi trf c6 toa do (0;0;0).
b) Vitri 4 c6 toa do (300;200;10).

¢) Khoang cach tir may bay dén ra da 1a khoang 360,69 km (lam tron két qua dén hang phan

tram).

d) Ra da cua trung tim kiém soat khong luu khong phat hién dugc may bay tai vi tri 4.

Loi gidi

Swu tam va bién soan

Page 9



DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

| a2)Sai | b)Sai | oPing | d)Sai |
a) Theo gia thiét, ra da & vi tri c6 toa do (O; 0; 0,08) . Véay a) sai.
b) Biém A4(-300;-200;10). Vay b) sai.
¢) Khoang cach tir may bay dén ra da la:
\/(—300 ~0)* +(=200-0)* +(10-0,08)" ~ 360, 69( km) . Vay c) dang.

d) Vi 360,69 < 500 nén ra da cta trung tdm kiém soat khong luu ¢ phat hién duge may

bay tai vi tri 4.Vay d) sai.

Cau4: Trong khong gian Oxyz cho tam giac ABC biét: A(l;—l;2), B(—2;0;3), C(O;l;—Z).
a) biém G(%;O;lj la trong tam tam giac ABC .

b) Tam gidc ABC c6 chu vi bang V114214430 .

\321
€) COSA=——.
321

d) Goi M (a;b;c) 1a diém thuge mit phing (Oxy) sao cho biéu thirc
S = MA.MB + 2MB.MC +3MC.MA dat gia tri nho nhat. Khi d6 T =12a+12b+c=-1.
Loi giai
| a2)Sai | b)Ping | ¢)Sai | d)Ping |

a) Toa do trong tam tam giac ABC la G(1_23+0;_1+30+1;2+§_2j: G[—%;O;lj.

Vay a) sai.

b) Ta co: AB=\/H, AC =+/21,BC =~/30 nén tam gidc ABC c6 chu vi bang JI1+4/21+4/30
Viay b) dung.

¢) Tacé AB=(-3;1;1), AC =(~1;2;—4)nén cosA= \3/:_12\/_2_1 - 223311 '

Vay c) sai.

d) Do M (a;b;c) thudc mit phing (Oxy) nén ¢ =0 = M (a;b;0).
Taco MA=(1-a;~1-b;2), MB =(-2-a;~b;3), MC =(~a;1-b;-2).
Do d6: MAMB = (1—a)(-2—a)+(-1-b)(=b)+6 = a* +b* +a+b+4
MB.MC = (-2-a)(=a)+(-b)(1-b) -6 = a* +b* +2a-b—-6
MC.MA=(-a)1-a)+(1-b)(-1-b)—4 = a* +b* —a-5

2 2
S:W.W+ZW.M—C+3ATCIM—A=6a2+6b2+2a—b—23=6(a+éj +6(b—é) —%.

a=——
:SZ—%.Véy S dat gia tri nho nhat 1a —% khi 6 =T =12a+12b+c=-1.

b=+
12

Vay d) dung.
PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.
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Cau 1:

Cau 2:

Cau 3:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Trong khong gian Oxyz, cho hai diém A(1;2;1),B(2;-1;3) va diém M (a;b;0) sao cho

MA* + MB* nho nhat. Gia tri cia a +b bang
Loi giai
Tra loi: 2
Taco: MA* + MB* = (1—a) +(2-b) +1 +(2—a) +(-1-b)" +3*

2 2
=2a’ —6a+2b* —2b+20=2(a—%j +2(b—%) +15>15.

Ping thic xdy ra khi khido a+b=2.

Hai chiéc may bay khong nguoi 1ai cung bay 1én tai mét dia diém. Sau mot thoi gian bay, chiéc
may bay thir nht cach diém xuat phat vé phia Bic 20(km) va vé phia Tay IO(km) , dong thoi

cach mat dat 0,7 (km) . Chiéc méy bay thtr hai cach diém xuat phét vé phia Dong 30(km) va vé
phia Nam 25(km) , ddng thoi cach mat dat l(km) Xac dinh khoang cach gitta hai chiéc may

bay. (két qua 1am tron dén hang don vi)

Tra loi: 61
Chon h¢ truc toa do Oxyz , v6i géc dat tai diém xuét phat cua hai chiéc may bay, mat phén
(Oxy) tring v6i mat dét, truc Ox hudng vé phia Bic, truc Oy hudng vé phia Tay, truc Oz

huéng thang dimg 18n troi, don vi do 14y theo kilomét (xem hinh v§).

Chiéc may bay thtr nhat c6 toa do (20;10;0,7).
Chiéc may bay thi hai ¢6 toa d§ (-30;-25;1).

Do d6 khoang cich gitra hai chiéc may bay la: \/(20+30)’ +(10+25)’ +(0,7-1)’ ~ 61(Jm)
Trén phan mém mo phong viéc diéu khién drone giao hang trong khong gian Oxyz , mot doi gom

ba drone giao hang A4, B,C dang c6 toa do la A(l;—3;2) , B(m;m—2;6), C(m —2;m;5) , trong
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

d6 m 1a tham so, don vi do do dai tinh bang kilomet. Biét kho hang dang ¢ tai diém /(1;1;0). Vi

1y do nhién liéu nén cac drone khong duoc di chuyén qua xa kho hang, cu thé 1a cac drone khong
dugc cach kho hanh qua 100 km. Xac dinh sb gia tri nguyén cua tham sé m dé cac drone cach
kho hang khong qua 100km.

Tra loi: 141
Ta co 14 =25 <100

1B=|(m=1)’ +(m=3) +36

1C = \(m=3) +(m—1)’ +25

R& rang IC < IB v&i moi m, do vy ta chi cin tim m dé done B khong xa kho hang qua
100km. Tuc la

& (m=1)"+(m—-3)" +36 <10000 < 2m* —8m—9954 < 0
& —68,6<m<72,6

Cau 4: Tinh cong (don vi N) sinh bai luc F(6;8;—10) tao bdi mot drone giao hang khi thyc hién mot
d6 dich chuyén d (100;200;200).

Loi giai

Tra loi: 200

—_—

|F| d|.cos(F.d |F| |d| F.d =6.100+8.200 +(~10).200 = 200 (N)
|F| |d|

Cau 5: Mot thiét bi tham do day bién dang lin vdi vecto van tdc cua thiét bi khi bién dung yén 1a

v =(11;7;-4) (don vi: km/h). Cho biét vecto van téc ciia dong hdi luu cia ving bién la
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

w=(4;2;0) (don vi: km/h). Tinh toc do cua thiét bi trong diéu kién c6 dong hai luu, céc yéu to
khac khong dang ké (don vi km/h, lam tron dén hang phan chuc).

Loi giai
Traloi: 17,9
Tacod v+w=(11+4;7+2;-4+0)=(159;-4) 1a vecto van toc cta thiét b trong diéu kién c6
dong hai luu. Khi d6 tc do ctia thiét bi trong didu kién c6 dong hai luu 1a

[543 = |15 +92 + (~4) =322 17,9 (km/h).

Chu 6: Mot chiée dién thoai iphone dugc dat trén mot gia d c6 ba chan voi diém dit $(0;0;20) va cac
diém cham mit dAt cita ba chan 1an lugt 14 4(0; —6;0),8(3\5 :3; 0) : C(—3ﬁ ;3;0) (don vi cm).
Cho biét dién thoai co trong lugng 1a 2 N va ba luc tac dung 1én gid do dugc phan bd nhu hinh
vé 1a ba lyc F,F,,F, c6 do 16n bing nhau. Biét toa do cia luc F = (a;b;c), khi do

T =2a+5b+6¢ bang?

Loi giai
Tra l1oi: -5
Theo gia thiét, ta c6 cac diém S$(0;0;20), 4(0; —6;0),B(3\/§;3;0), C(—3\/§;3;0)

Suy ra S4 = (0;-6;-20); B = (3v/3;3;-20); SC = (-3+/3;3;-20).
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN
Suyra S4=SB=SC =+436 ma |Fl| = |E| = |F3| = Jk € R sao cho

F1 = kSA = (0;-6k;~20k)

F = kSB = (33k; 3k;~20k

Fx = kSC =(-3/3k;3k; 20k

Suyra F +F,+F, = (0;0,-60k) . Goi F la trong lyc tic dung 1én dién thoai=> F = (0;0,-2)

Mt khac, ta co: 171+F2+_F;=I3 suy ra —60k:—2:>k:%.

a=0
Al T 1 2 1
Viay F = 0;—§;—5 = b:—gz|T:2a+5b+6c:0—1—4:—5|.
2
c=——
3
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| CHUONG |

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

VECTO
TRONG KHONG GIAN

BAI: BIEU THUC TQA PQ CUA CAC PHEP TOAN VECTO
PE TEST SO 02

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi

thi sinh chi chon mgt phuwong an.

Cau 1:  Trong khong gian Oxyz, cho diém A(-2;-1;4) va B(1;-3;-1). D¢ dai doan thang AB bang:
A. 26 B. V22. C. \38. D. 34.

Cau 2: Trong khong gian v6i hé truc toa d0 Oxyz, cho hai véc to &(2;3;—1) va ;(5;—4;m). Tim m dé
ulv.

A. m=0. B.m=2. C.m=4. D. m=-2.

Cau 3: Trong khong gian véi hé toa dd Oxyz, cho doan thing 4B c6 trung diém 7 . Biét A(2;l;—1),
1(1;2;0). Khi d6 diém B c6 toa do la
A. (L-1-1). B. (3;0;-2). C. (0;3;1). D. (-LL1).

Cau 4: Trong khong gian cho hé truc toa 40 Oxyz , cho ba diém A4(1;—2;3); B(—1;2;5);C(0;0;1) Tim toa
do trong tdim G cua tam giac ABC
A. G(0;0;3). B. G(0;0;9). C. G(-1,0;3). D. G(0;0;1).

Cau5: Trong mit phang véi hé toa 40 Oxyz, tam gidc ABC véi A(l; -3;3),B(2;—4;5),C(a;-2;b)
nhan diém G(l;¢;3) 1am trong tdm cua tam giac d6. Tinh
A.a+b+c=-5. B.a+b+c=-3. C.a+b+c=2. D.a+b+c=-2.

Cau 6:  Trong khong gian v6i hé toa dd Oxyz cho ba diém M (2;3;-1), N(~L;1;1), P(I;m—1;2) . Tim m
dé tam giac MNP vudng tai N .

A. m=-6. B. m=0. C. m=6. D. m=2.

Cau7: Trong khong gian Oxyz, cho vecto 5(2;—3; 1). Toa d6 vecto u=2a+j la
A. (5-62). B. (4-52). C. (4-6;3). D. (4-6;2).

Cau 8: Trong khong gian Oxyz, cho diém M (2;—4;6). Biét 4 thudc truc Ox va B thudc mat phfmg
(Oyz) sao cho M 1a trung diém cua doan thang 4B . Khi d6, toa do cua trung diém ctia doan
th'fmg BM 1la
A. (3;-2;3). B. (3;-6;3). C. (3%-2:9). D. (1,-6;9).

Cau9: Trong khong gian v6i hé toa dd Oxyz, cho tam giac ABC biét A(2;4;-3) va AB = (-3;-1; 1),
AC = (2;-6; 6).Khi do toa dd trong tdm G cua tam gidc ABC la:

A. G(é;é;—%) B. G(é;—é;%) G(—E;E;EJ. G(E,E,EJ
33 3 33 33 333
Gido vién: Hupnh Viin Anh — 42 Nguyén Cw Trinh — Thudn Hoa — TP Hué — PT: 0984164935 Page 1
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Cau 10:

Cau 11:

Cau 12:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Trong khong gian v6i hé toa dd Oxyz, cho tam gisc ABC 6 A(1;2;-1), B(3;0;3). Tim toa do
diém C sao cho G(2;2;2) 1a trong tAm tam gidc ABC.

A. C(-2;-4;-4). B. C(0;2;2). C. C(2:4;4). D. C(8;10;10).

Trong khong gian voi h¢ toa do Oxyz, cho diém K (2; 4; 6) , 201 K' 1a hinh chiéu vuong gbc cua
K 18n Oz, khi @6 trung diém cua OK' ¢6 toa do 1a:

A. (0;0;3). B. (1;0;0). C. (,23). D. (0;2;0).

Trong khong gian Oxyz, cho a = (2;0;3), b= (1;-2;1). Toa d0 cua vécto a-2b l1a

A. (1;2;2). B. (0;4;1). C. (-1-2;-2). D. (0;—4;-1).

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chon ding hoac sai.

Trong khong gian Oxyz cho tam gidc ABC ¢6 A(1; 2; —1), B(2; -1; 3), C(—47;5).

a) Toa do cla vecto 4B la (1,-3;4).

b) Toa do ciia vecto x =2A4B+ AC 1a (-3;-1;2)

¢) Cho u thod man 2u— AB+ BC = AC . Toa d6 cia u 1a (2;-6:8)

d) Goi D la chan duong phan giac goc ﬁ ciia tam giac ABC. Toa do diém D 1a

(33
33

Hinh v& sau mé ta vi tri ctia may bay vao thoi diém 9h30 phut. Biét cac don vi trén hinh tinh theo
don vi km. Trong cac khang dinh sau dy, khang dinh nao ding, khang dinh nao sai?

AZ
9l
..
~:%
; 300 Y
o o : z >
.. 1 7 (®éng)
150 A4~ .. . el

X 7 (Nam)
a) May bay dang ¢ d0 cao 9km.
b) Toa do cua may bay (300;150;9).
¢) Phi cong dé may bay ¢ ché do tu dong véi van tdc theo huéng dong 1a 750km / i, 46 cao
khong doi. Biét rang gi6 thoi theo hudng dong vai van tée 10m / s. Gia st van toc va hudng gid
khong dbi thi lac 10h30phit méy bay & toa do (150;1086;9).
d) Sau khi bay dén vi tri lac 10h30 thi may bay bay nguoc lai v6i van toc 800km / 4 v6i d6 cao
khong doi, biét lic do troi ling gi6 thi luc 11h may bay & toa do (686;150;9).
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Cau3: Cho ccdiem A(1;2;3),B(-10;4),C(L3;5).
a) Do dai doan thing 4B =3.
b) Tam giac ABC la tam giac vudng.
¢) Piém N thudc doan BCsao cho S, .y =25, .y - Toa do diém N Ia N(§;2;3J.

d) Ban kinh dudng trong ngoai tiép tam giac ABC 1a R=3.
Cau4: Trong khong gian voi hé toa do Oxyz cho ba véc to ;1(1;1;0),5(2;—1;1),2(—3;1;3)
a) Toa d0 cua véc to a+b 1a (3;0;1)

b) Gid sir a+x=2b—c. Toado cia x 1a (6;—4;-1)
¢) Goi ¢ 1a goc giita hai véc to @ va b—2¢ . Khi d6 cosqo=%

d) Gia st v=(-14;9;14) va v=ka+mb+ pc.Khi d6 k+m+n=9.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Caul: Trong khong gian Oxyz, cho tam gidc ABC co toa do cac dinh A4(2;3;4), B(0;2;2) va
C(3;-1;5). Diém H (a;b;c) la chan dudng cao dinh 4. Khi d6 gia tri biéu thic S =a+2b—>5¢
bang. ‘ ‘ ‘ 7

Cau 2: Trén phan mém mo6 phdng viéc dieu khién drone giao hang trong khong gian Oxyz , mdt drone
giao hang dang ¢ toa do A(1;0;1) di chuyén dén dia diém nhan hang 1a B(4;4;6). M&i don vi
trén phan mém bang 1km ngoai thuc té. Biét tc d6 cua drone 13 80km / h; gia sir rang tir vi tri
giao hang va r}hefm hang khong gap chudng ngai vat, ‘sfrc ?én gio lfhéng dang ké d,é drone bay
theo duong théng. Thoi gia‘n drone bay tur vi tri ban dau dén dia di€ém giao hang mat bao nhiéu
phut (1am tron dén hang phan muoi)?

Cau3: Trong khong gian Oxyz, cho tam giac ABC c6 toa d cac dinh A(1;0;0), B(2;-1;2) va
C(3;4;-2). biém D 1a chan duong phén gidc ké tir 4. Do dai OD béang bao nhiéu (1am tron dén
hang phan trim)?

Chu4: Trong khong gian voi hé truc toa do Oxyz cho cac diem A(1;4;5),B(-4;5;-1). Tim diém
M (x;;0) v6i x—y =—1 sao cho MA® + MB* dat gi4 tri nho nhat. Khi d6 tinh: 3x+4y

Cau5: Trong khong gian chon hé truc toa d6 cho trude, don vi do léy kilomét, ra da phat hi€én mdt may
bay chién ddu X di chuyén v6i van tdc va hudng khong doi tir diém M (1000;600;14) dén diém
N trong 30 phit. Néu méy bay tiép tuc giit nguyén van tdc va hudng bay thi toa do ctia may bay
sau 10 phut tiép theo bang O(1400;800;16). Toa d¢ vi tri di€m N(a;b;c), tinh S=a+b+2c.
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Cau 6:

DE TEST THEO BAI - CHUYEN DE II - VECTO TRONG KHONG GIAN
Mot chiéc may do dac tric dia dugc dit trén mot gia d& ba chan voi diém dat S(0;0;4) va cac
diém tiép xtc voi mit dat caa ba chan 1an lugt 1a 4(=2;0;0), B(l;\/g;()), C(l;—\/g; O). Biét rang
trong luc tac dung 1én chiéc may c6 do lon 1a 30 N va dugc phan bd thanh ba luc fl, F’z, F; co
d6 16n bang nhau nhu hinh duéi. Tinh tich v6 huéng cta F.F, .

4
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

thi sinh chi chon m¢t phuong an.

Cau1: Trong khong gian Oxyz, cho diém A(-2;-1;4) va B(1;-3;—1). D¢ dai doan thang 4B bang:
A. 26. B. \22. C. \/38. D. J/34.
Loi giai
4B =|4B] = J(1+2) +(=3+1) +(-1-4)" =38.
Cau 2: Trong khong gian v6i hé truc toa d0 Oxyz, cho hai véc to &(2;3;—1) va ;/(5;—4;m). Tim m dé
ulv.
A. m=0. B. m=2. C. m=4. D. m=-2.
Loi giai
Tacoulv uv=0 <10-12-m=0 & 2-m=0 ©Sm=-2.
Cau3: Trong khong gian voi hé toa dd Oxyz, cho doan thing 4B c6 trung diém 7 . Biét A(2; 1;—1) ,
1(1;2;0). Khi d6 diém B ¢6 toa do la
A. (L-1-1). B. (3;0;-2). C. (0;31). D. (-LL1).
Loi giai
xy—x,=2(x;,—x,) xp=x,+2(x;, —x,)
Taco AB=2A1 &1y, ~y,=2(y;,—y,) &1V =y.+2(y,—¥,)
zy—z,=2(z;,—z,) zy=2z,+2(z,—z,)
Xp=2%x,—x, xy,=21-2
Sy, =2y, -y, ©{y;=22-1=B(0;3;1).
z,=2z,—2z, z;, =2.0+1
Cau 4: Trong khong gian cho hé truc toa dd Oxyz, cho ba diém A(1;-2;3); B(—1;2;5); C(0;0;1) Tim toa
do trong tdim G cua tam giac ABC
A. G(0;0;3). B. G(0;0;9). C. G(-1;0;3). D. G(0;0;1).
Loi giai
%, = I+(-1)+0 _0
3
. J _2 2
Toa d6 trong tam G cua tam giac ABC bang: <y, = %4—0 =0 .
3+5+1
Zg = 3 =3
Cau5: Trong mit phang véi hé toa 40 Oxyz, tam giac ABC vé&i A(1;—3;3) ,B(2;-4;5),C(a;-2;b)
nhan diém G(I;¢;3) 1am trong tAm cua tam giac d6. Tinh
A. a+b+c=-5. B.a+b+c=-3. C.a+b+c=2. D.a+b+c=-2.
Loi giai
Tacd G(1;¢;3) 1am trong tdm tam giac ABC nén
Gido vién: Hupnh Viin Anh — 42 Nguyén Cw Trinh — Thudn Hoa — TP Hué — PT: 0984164935 Page 5

Chuyén luyén thi: Tuyén sinh vao I6p 10 — Tot Nghiép THPT Quéc Gia — BDKT Todn 10; 11; 12

Swu tam va bién soan



DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

_1+2+a_

Xg = 3 1 _

] :_3+(_?+(_2) N
3+5+b c=-3

Zg= 3 =3

Vay. a+b+c=-2..

Ciau 6:  Trong khong gian voi hé toa do Oxyz cho ba diém M (2;3;-1), N(-1;1;1), P(1;m—1;2) . Tim m
dé tam giac MNP vudng tai N .

A. m=-6. B. m=0. C. m=6. D. m=2.
Loi giai

MN(=3;-2;2) ; NP(2;m—2;1)

Tam gisc MNP vuong tai N < MN.NP=0 < —6—2(m—2)+2=0<> m=0.

Cau7: Trong khéng gian Oxyz, cho vecto a(2;-3;1). Toa dd vecto u =2a+j la
A. (5-6;2). B. (4-5:2). C. (4-6:3). D. (4,-6;2).

Loi giai.
Taco 2a=(4-6;2) va j(0;1,0) nén u=2a+j=(4-52)

Cau8: Trong khong gian Oxyz, cho diém M (2;-4;6). Biét 4 thuc truc Ox va B thudc mit phang
(Oyz) sao cho M 1a trung diém cua doan thing 4B . Khi d6, toa do cua trung diém ctia doan
thang BM 1a
A. (3;-2;3). B. (3;-6;3). C. (3-29). D. (5-6;9).

Loi giai.
Tacéd A thudc truc Ox va B thudc mat phang (Oyz) nén goi A(a;0;0) va B(0;b;c).
2=2
2b a=4
Vi M 14 trung diém ctia doan thang AB nén { —4 = 5 < 9b=-8.
c c=12
6=—
2
Suy ra B(0;—8;12).
Goi N la trung diém cta doan thrfmg BM = N(l;— 6;9) .
Cau9: Trong khong gian véi hé toa do Oxyz, cho tam giac ABC biét A(2;4;-3) va AB = (-3;-L 1),
AC = (2;-6; 6).Khi do toa dd trong tdm G cua tam gidc ABC la:
N A N R R )
33 3 3733 333 333
Loi giai
Taco: A(2;4;-3) va AB = (-3;-1; 1), suyra B(—1;3;—2) .
A(2;4;-3) va AC = (2;—6; 6), suy ra C(4; —2;3).
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Cau 10:

Cau 11:

Cau 12:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

2-1+4 5
X, = =—
3 3
G 1a trong tam cua tam giac ABC nén ta co: yG—4+3_2=é =G é;é’_g
3 3 33 3
-3-2+3 2
Z5 = =——
3 3

Trong khong gian v6i hé toa dd Oxyz, cho tam gidc ABC ¢6 A(1;2;-1), B(3;0;3). Tim toa do
diém C sao cho G(2;2;2) 1a trong tAm tam gidc ABC.

A. C(-2;-4;-4). B. C(0;2;2). C. C(2:4:4). D. C(8;10;10).
Loi gidi
X = X, X5+ X0
3 X, =2
G la trong tam tam gidc ABC <y, = W =3V =4=> C(2;4;4).
z.=4
z,+z5+2,
z, =48 "¢
3
Trong khong gian véi hé toa do Oxyz, cho diém K (2;4;6), goi K' 1a hinh chiéu vudng goc cua
K 18n Oz, khi @6 trung diém cua OK' ¢6 toa do 1a:
A. (0;0;3). B. (1;0;0). C. (,23). D. (0;2;0).
Loi giai
Goi I 1a trung diém cua OK .
Tacé K'(0;0;6) 1a hinh chiéu vudng goc ciia K 1én Oz = 1(0;0;3).
Trong khong gian Oxyz, cho a= (2;0;3) , b= (1; —2;1). Toa d6 cua vécto a-2b 1a

A (1:2;2). B. (0:41). C. (-1;-2-2). D. (0;—4-1).

Loi giai

a=(20;3); —2b=(-24;,-2),dodo a—2b=(0;41).

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chon ding hoac sai.

Trong khong gian Oxyz cho tam gidc 4BC ¢6 A(L; 2; —1), B(2; -1; 3), C(—47;5).
a) Toa do cla vecto 4B la (1,-3;4).

b) Toa do ciia vecto x =2A4B+ AC 1a (-3;-1;2)

¢) Cho u thoa min 2u— AB+BC = AC . Toa do cua ula (2;—6;8)

d) Goi D la chan duong phan giac goc 1@ ciia tam giac ABC. Toa do diém D 1a
et
33

‘ a) Dung ‘
a) AB =(1;-3;4). a) Pling

Loi gidi
c)Sai |

b) Sai | d) Piing |
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Cau 2:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

b) AC =(-5;5,6) = x=24B+ AC =(-3;-1;14). b) Sai
¢) BC =(-6;8;2)

:>2&—E+R1:Z::>;:%(E+B—C—A—c)=(l;—3;4)-c) Sai.

d) Goi D 1a chan duong phan giac cua ABC khi do DA g‘é
( 3;4)= AB = J26.
BC=(~6:8,2)= BC=/104
DoaéD_g:%—% DC - -2DA.
G(_)iD( )tacoD =(1-a; 2-b;-1-c¢), 35:(_4_0;7_17;5_0).
2
—4—-a=-2(1-a) )
DC=-2DAd={7-b=-2(2-b) < b:%
5-c=-2(-1-¢) =1

Vay D(—% 13—1 lj d) Pung.

Hinh v& sau mé ta vi tri ciia may bay vao thoi diém 9h30 phit. Biét cac don vi trén hinh tinh theo
don vi km. Trong cac khang dinh sau day, khang dinh nao dung, khang dinh nao sai?

AZ
ol
SRS
w:;’j
; 300 Y
O4- : = >
. . .-~ (Péng)
150 A& ... .

X 7 (Nam)
a) May bay dang ¢ d0 cao 9km.
b) Toa do cua may bay (300;150;9).
¢) Phi cong dé may bay ¢ ché do tu dong véi van tdc theo hudng dong 1a 750km / i, d6 cao
khong d6i. Biét rang gi6 thdi theo hudng dong véi van tdc 10m / s. Gia sir van tdc va hudng gid
khong d6i thi lac 10h30phit méay bay & toa do (150; 1086;9).
d) Sau khi bay dén vi tri lac 10h30 thi may bay bay nguoc lai v&i van tdc 800km / h v6i d6 cao
khong doi, biét lic d6 troi ling gi6 thi luc 11h may bay & toa do (686;150;9).
Loi giai
| a)Ping | b)Sai | coPing | d)Sai |
a) Dua vao hinh v€ ta thady may bay dang & d§ cao 9km.Vay a) dung.
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

b) May bay ¢ toa do (150;300;9). Vay b) sai.

¢) Van toc gi6 10m/s =36km/ h
Quéang duong may bay bay dugc 1a: 750 +36 = 786km
Do d6 toa do cua may bay la: (150;1086;9). Vay c) ding.

d) Quing dudong may bay bay duoc la: 800% =400km . Do d6 toa do may bay la (150;686;9).

Vay d) sai.
Céu3: Cho cacdiem A4(1;2;3),B(-1;0;4),C(1;3;5).
a) Do dai doan thang AB =3.
b) Tam gidc ABC la tam giac vudng.
¢) Biém N thudc doan BC sao cho Sy =28y - Toa do diém N la N(%;2;3j.
d) Ban kinh dudng trong ngoai tiép tam giac 4BC 1a R=3.
Loi giai
| a)bing | b)Ping | ¢o)Sai | d)Sai |
a) 4B =(-2)" +(-2)’ +1* =3. Vay a) ding
b) E(—2; —2;1),I§(0;1;2),Z§.Rw =0. Tam gidc ABC vudng. Vay b) dung
¢) Piém N thuoc doan BCsao cho S, =2S,,cy - SUy ra
1
x+1:2(1—x) x-E
BN =2NC < y=2(3—y) Sqy=2 :N(%;Z;%).Véyc) sai
2—4:2(5—2) Z:E
3
d) Do tam gidc ABC 1a tam giic vudng tai 4 nén tim dudng tron ngoai tiép tam giac 14 trung
diém I cua BC. I(O;i;gj
2°2
1Y P14
R=Al = (—1)2 +(——j +(§J = £ Vay d) sai
2 2 2
Cau4: Trong khong gian véi hé toa dd Oxyz cho ba véc to Ez(l;l;O),13(2;—1;1),5(—3;1;3)
a) Toa do ctia véc to a+b 1a (3;0;1)
b) Gid sir a+x=2b—c. Toa do cia x 1a (6;—4;-1)
¢) Goi ¢ 1a goc giita hai véc to a va b—2c¢ . Khi 6 coso =%
d) Gia st v=(-14;9;14) va v=ka+mb+ pc.Khido k+m+n=9.
Loi giai
‘ a) DPung ‘ b) biling ‘ c¢) Dung ‘ d) Sai ‘
a) Ta co: a+b=(1+2;1+(-1);0+1), hay a+b=(3;0;1). Vay a) diing.
b) x=2b—c <> x=2b-a—c= x=(6;,-4;—1). Vay b) diing.
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

c)dat&:B—zézﬁ=(8;—3;—5):»|&|=J97§=7ﬁ;5.&:5,24:\/5.
Khi d6: coswzcos(&,ﬁ): EI'&# I :i.Véy ¢) ding.
‘aHu‘ \/§7x/§ 14
d) kZz+ml;+nE:(k+2m—3n;k—m+n;m+3n).Khid(’):
k+2m—-3n=-14 k=3
;:k5+m5+p2<:> k—m+n=9 Sim=—-1=k+m+n=7.Vay d) sai.

m+3n=14 n=>5

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau 1:

Cau 2:

Trong khong gian Oxyz, cho tam gidc ABC c6 tga d) cac dinh A(2;3;4), B(0;2;2) va
C(3;-15). Diém H (a;b;c) 1a chan dudng cao dinh A . Khi d6 gid tri biéu thirc S =a+2b-5c
bang.

Loi giai
Tra loi: -12

B H C

+) R‘z(3;—3;3); ﬁz(a;b—2;c—2) do B,C,H thang hang nén B_ﬁ=§§5 hay

a=t
(a;b—2;c—2):§(3;—3;3):(t;—t;t) suy ra 1b=2—1 tir d6 duoc H (t;2—-1;2+1)
c=2+t

+) AH = (t—2;-1-;6—-2), do H la chén duong cao nén
BC.AH =0 3(t-2)-3(-1-1)+3(-2)=0 & (t-2)=(-1-1)+(t=2)=0
<3t-3=01¢=1tardo H(l;l;3) tinh dugc S=a+2b-5¢=1+2-3.5=-12.
Trén phan mém mé phong viéc diéu khién drone giao hang trong khong gian Oxyz , mot drone
giao hang dang ¢ toa do A(1;0;1) di chuyén dén dia diém nhan hang 1a B(4;4;6). M&i don vi
trén phadn mém bang 1km ngoai thuc té. Biét tc d6 cua drone 13 80km / h; gia sir rang tir vi tri
giao hang va nhan hang khong gip chudng ngai vat, stic can gié khong dang ké dé drone bay
theo duong thang. Thoi gian drone bay tir vi tri ban dau dén dia diém giao hang mit bao nhiéu
phut (1am tron dén hang phan mudi)?
Loi giai

Tra loi: 5,3

, 2 2 2 C A A A . ,
Tinh dugc 4B = \/(4 —1) +(4-0) +(6-1) = 52 (don vi trén phan mém) khoang céch

ngoai thuc té s& 1a 5\/5 km .
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Cau 3:

Cau 4:

Ciu 5:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

5Z

Thoi gian bay cua drone la =0 gid, d6i sang bang

5.2
g/(:.60= 15V2 ~ 5,3 phut.

Trong khong gian Oxyz, cho tam giac ABC c6 toa d§ cac dinh A(I;O;O), B (2;—1;2) va
C(3;4;-2). biém D la chan duong phén gidc ké tir 4. Do dai OD béang bao nhiéu (1am tron dén

hang phan trim)?
Loi giai
Tra loi: 2,52

B D C
#) AB =+ (1) +2° =65 4C =27+ 4 4(-2)" =26
+) Goi D(a;b;c) 1a chan dudng phan gide ké tir 4 ; theo tinh chit duong phén gide ta cd

CD _AC 26
BD AB 6

=2= CD=2BD tuxdé BC =3BD ma hai vecto BC;BD cung huéng suy ra
BC=38D < BD = BC.

+) Tinh duoc %:(1;5;—4); ﬁ:(a—2;b+l;c—2),tﬁdé

a=

ﬁ)=lBC<:> b+1=
3 3°3

c—2=—— c=

+) Do dai OD = ,/£+i+i=@z2,52.
9 9 9 3

Trong khong gian véi hé truc toa do Oxyz cho céc diém A(l; 4;5),B (—4;5;—1). Tim diém

7
3
& bzg suy ra D(Z,g,gj
3 3
2
3

M(x;y;O) v6i x—y=—1 sao cho MA® + MB* dat gia tri nho nhat. Khi d6 tinh: 3x+4y
Loi giai

Tra loi: 11
Tacod:

AM? = (x—1) +(y—4) +25=(y-2) +(y—4) +25

BM* =(x+4)2 +(y—5)2 +1=(y+3)2 +(y—5)2 +1

= AM* + BM* =4y ~16y+80=4(y—2) +64> 64
Suy ra min(MA2 +MBZ) = 64. DAu bang xay ra khi va chikhi y=2= x=1.
Khi do, M (1;2;0) = 3x+4y=3.1+4.2=11.
Trong khong gian chon h¢ truc toa d6 cho trude, don vi do léy kilomét, ra da phat hién mdt may
bay chién ddu X di chuyén v6i van toc va hudng khong doi tir diém M (1000;600;14) dén diém
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

N trong 30 phit. Néu méy bay tiép tuc giit nguyén van toc va hudng bay thi toa do ctia may bay
sau 10 phut tiép theo bing 0(1400;800;16). Toa do vi tri diém N(a;b;c), tinh S=a+b+2c.

Loi giai

Tra loi: 2081
Giai thich

M

Goi N(x;y;z) la toa do ciia may bay sau 30 phiit. MO = (400;200;2)
NO =(1400-x;800- y;16 - 2)
Vi may bay gilt nguyén hudng bay nén ATQ va N—Q cung hudng.
Do may bay tiép tuc giir nguyén van toc va thoi gian bay tir M — O gip 4 lan thoi gian bay tir
N — QO nén MO =4NQ

400 = 4(1400—x) % =1300
Suy ra MO =4NQ <> 1200=4(800-y) < {y=750 = N(1300;750;15,5)

2=4(16-z) z=15,5
Toa d¢ vi tri diém N 1a (1300;750;15,5)
Suyra S=a+b+2c=1300+750+2.15,5=2081
Mot chiéc may do dac tric dia dugce dit trén mot gia d ba chan véi diém dat S(0;0;4) va céc
didm tip xtic v6i mat dit caa ba chan 1an luot 14 A4(=2;0;0), B(l;ﬁ ;0), C(l;—\/§ ;o). Biét ring
trong luc tac dung 1én chiéc may c6 do 1on 1a 30 N va dugc phan bd thanh ba luc 171, }72, F; co

d6 16n bing nhau nhu hinh duéi. Tinh tich v6 hudng cta F.F, .
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

V4
A
S
B '
F, .
> V4
>
A
C
B
X
Loi giai

Tra loi: 87,5

Ta co: SA= (—2;0;—4);S—B = (1;@;—4);@ = (1;—\/5;—4) = 84=8B=5C= \/%

Lai c6 AB= (3;«/5;0);%’ = (3;—@;0);% = (O;—Z«/g;O) = AB=AC=BC= \/E Dan dén
hinh chop S.4BC déu c6 duong cao la SO =4, véi 0(0;0;0) 1a trong tam tam giac ABC. Mt
khac,

F = kSA = (-2k;0;~4k), F, = kSB = (k; \Bk;—4k),

F, =kSC = (k;—3k;=4k ) = F, + F, + F, = (0;0;~12k)

Ma F, +F, + F, = P=(0;0;-30) nén —12k:—30<:>k=§.

= 55 ——= 175
Suy ra F, = (=5;0;-10), F, (E 5V3. —10] Vay, F.F, =—==81.5.
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

VECTO
TRONG KHONG GIAN

ON TAP CUOI CHUONG 2
PE TEST SO 01

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 3:

Cau 4:

Cau 6:

Caiu 8:

thi sinh chi chon mgt phuwong an.

Cho ttt dién ABCD . Hoéi 6 bao nhiéu vecto khac vecto 0 ma mdi vecto ¢ diém dau, diém cudi
1a hai dinh cua t&r dién ABCD?

A. 12, B. 4. C. 10. D. 8.
Trong khong gian Oxyz cho a =(2;3;2) va 5:(1;1;—1). Vecto d—b c6 toa do 1a?
A. (3;431). B. (1;2;3). C. (-1;-2;3). D. (3;5:1).

Cho Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Pit SA=a; SB=b; SC=¢;
SD=d . Khang dinh nao sau day ding?

A.G+c=d+b. B.d+b=0C+d. C.a+d=b+¢. D.d+b+¢+d=0.
Cho Cho ba véc to 5,[;,5 ddng phing. Xét cac véc to x=2a-b; ;/= —4a+2b; z=-3b-2c.
Chon khang dinh ding?.

A. Hai véc to y,z cung phuong. B. Hai véc to X,y cung phuong.

C. Hai véc to X,z cung phuong. D. Ba véc to ¥;;zd6ng phang

Trong khong gian Oxyz, cho ba diém A(3;5;-1), B(7;x;1) va C(9;2;y). Pé 4, B, Cthing
hang thi gia tri x+ y bang

A. 5. B. 6. C. 4. D. 7.

Cho hinh hop ABCD.A'B'C'D’ vec to c6 diém dau va diém cubi 1a cac dinh ciia hinh hop bang
vecto BC'la

A D
o ¢
Ai— ------ ---D
e C
A. AC'. B. AD'. C. A'D. D. BA'".
Trong khong gian Oxyz cho a = (2;—1;0),15 =(1;1;-3).Khi do toa do a+b 1a
A. (3;2;-3). B. (3;0;-3). C. (1,0;-3). D. (3;0;3)

Trong khong gian voi hé toa 0 Oxyz, cho vecto ;1( 5;7; 2) . Toa @0 cua vecto 2a 1a

A. (10;14;4). B. (10;7;2). C. (10;14;2). D. (10;7;4).
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Trong khong gian v6i hé truc toa o Oxyz , cho vecto u = (—4;2;-3) va diém A4(1;2;3). Toa do
diém B thoa min AB =u la:
A. B(3;2;-4). B. B(-3;4;0). C. B(3;—4;0).

Trong khong gian v6i hé toa do Oxyz, cho ba vecto &( 1; 2;2) , 5( 3; O;—1), E( -6; 1;—1). Biét

D. B(-3;-4;-4).

vecto m=3a—2b+c co toa do (x;y;z). Tinh T=x+y+z.

A. T=6. B. T=5. C.T=-5. D.T=7
Cho hai vecto 21,5 thda man: |;1| = 26;[3 =28; ZI+B| =48 . b0 dai vecto a-b blng?
A. 25. B. V616 . C.09. D. V/618.

Trong khong gian véi hé toa do Oxyz, cho vecto &( 1; 2;—2) , l;( 3;1;—1) va vecto Z( x;y;l) )

Biét a L ¢, be=2.Tinh T =x.y

A.Tzi. B.TZE.
25 5

C.TZE. D.T:—i.
25 25

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

sinh chon ding hoac sai.

CAul: Cho tor dién ABCD c6 AB=2a, CD=2b.Goi I, J lan luot la trung diém cua 4B, CD va
IJ =2c,M 1a mot diém bat ky va G 1a trong tAm cua tt dién. Khing dinh nao sau day ding?
a) AB+CD=AD+CB.
b) AB+AC+ AD =34G.
¢) MA® + MB* =2MI>.
d) Gid trj nho nhat ctia P=MA® + MB* + MC* + MD® bing 2(a’ +b* +2c*).
Cau2: Trong khong gian Oxyz, cho cac diém A(3;2;-1), B(1;4;—2) va C(0;—2;3). Xét tinh ding sai
clia cdc ménh dé sau:
Mé¢nh deé Dung | Sai
a) | 4B =(-2;2;-1)
b) | | 4B|=3
¢) | Toa dd diém M sao cho AB+CM =0 1a (1;-2;2)
d) | Toa d6 diém N thudc mat phéng (Oxy), sao cho A,B,N théng hang la
(5; 0;0)
Cau 3: Trong khong gian Oxyz, cho hinh binh hanh ABCD ¢6 4(0;0;-1), B(-1;1;0), C(1;0;1) va
M 1a diém sao cho 3MA* +2MB* — MC* dat gia tri nho nhét.
Mé¢nh dé Dung | Sai
a) | 4B =(-1L11)
P cos BAC = @
15
¢) | Toadd diém D la (2;-1;0).
D Toa do diém M 1a (3;—1;1)
4 2
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Mot chiée 6 to duoc dat trén mat day dudi cua mot khung st co dang
hinh hop chir nhat v6i day trén 1a hinh chit nhat ABCD, mit phang
(ABCD) song song voi mit phang nam ngang. Khung sit d6 duoc
budc vao moéc E cua chiéc cin cdu sao cho cic doan diy cap
EA,EB,EC,ED c6 d6 dai bang nhau va cung tao voi mit phing
(ABCD) mét goc bang 60 . Chiéc can cau kéo khung sit 1én theo
phuong thang dtng. Biét rang cac luc cing F,, F,, F,, F, déu c6 cudng
d6 12 4500N va trong lugng ciia khung sit 1a 2900N .

Ménh dé

a) F+F,=F+F,

b) i +F =F, +F,

c) \Fl + E\ =8000N (lam tron dén hang don vi).

d) Trong luong cuia chiéc xe 6 t6 1a 12688 N (lam tron dén hang don vi).

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Trong khong gian Oxyz, cho hai diém A(O; —2;—1),B(l;—1;2). biém M(a;b;c) thudc doan
thang AB thoa min MA =2MB . Tinh gié tri ciia biéu thirc T =a—b+c?

Cho ttr dién déu 4BCD canh b?mg a.Goi M latrung diém cua CD; G 1a trung diém cua AM
biét BG.AC = na’ ( n 1a s6 thap phan). Gia tri ciia n bang. (két qua lam tron dén hang phan
muoi)

Trong hé truc toa do (Oxyz) , mot thiét bi 4m thanh duoc phat tir vi tri A(1;5;8) . Nguoi ta du
dinh dit mot may thu tin hiéu trén mit phing (Oxy). Biét may thu dit & vi tri M (asb;c)s@
nhan duoc tin hiéu sém nhat. Khi d6 a + 2b + 3¢ bang.

Trong khong gian toa do Oxyz cho avab tao v6i nhau mot goc 120° . Biét rang |Zz| =4,

13|=3,

tinh gia tri cta biéu thic A4 = |Zz — l;| +

a+ B| (1am tron két qua dén hang phan trim)

Dé theo ddi hanh trinh ciia mot chiéc may
bay, nguoi ta 1ap hé toa d§ Oxyz cé géc toa
d6 O triung voi vi tri ctia trung tim kiém soét
khong luu, mit phang Oxy tring v6i mat dat
(dugc coi 1a mit phang) véi truc Ox hudng
vé phia tdy, truc Oy hudng vé phia nam va
truc Oz hudng thang dung 1én troi. Sau khi
cAt canh va dat do cao nhit dinh, chiéc may
bay A duy tri huéng bay vé phia nam véi toc
d6 840 km/h. Sau thoi diém d6 nira gio va &
d6 cao thap hon vi tri may bay A 50km, may
bay B ciing duy tri huéng bay vé phia nam
vé6i toc d6 960km/h. Tim thoi gian may bay
B bay trong khoang thoi gian 6h tinh tir lic may bay B bay theo huéng nam dé khoang cach giira
hai may bay A va B ngin nhét.
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Cau 6: Mot binh ca canh c6 dang mot chom ciu duoc dat trén mot chan dé (tham khao hinh v&). Biét
tong khoi luong bé ca 1a 20kg, ba chan dé 13 ba canh bén ctia mot hinh chép cut déu co do dai
canh bén bang 50cm, hai day c6 do dai lan lugt 1a 30cm va 20cm. Biét gia toc trong truong bang
10m/s%, tinh d6 16n luc tac dung cua bé ca 1én ting chan dé (Két qua lam tron dén chir sé thir

nhdt phan thdp phdn)

& - H\\
"'f .." Tae, ""‘-_

Ill.Ill R — - .l"'-l
|III II'
| |
| |
IIIII I|III

1 /
Y
---------- HET -
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 4:

Ciu 5:

thi sinh chi chon m¢t phuong an.
Cho t&r dién ABCD . Hoi ¢6 bao nhiéu vecto khac vecto 0 ma mdi vecto ¢6 diém dau, diém cudi
la hai dinh cua tir dién ABCD?
A.12. B. 4. C. 10. D. 8.
Loi giai

Sb vecto khac vecto 0 ma mdi vecto ¢ diém dau, diém cudi 1a hai dinh cua t& dién ABCD 1a
sO cac chinh hop chap 2 cta phan tr=> sb vecto la A4;=12.
Trong khong gian Oxyz cho @ =(2;3;2) va b = (1;1;—1). Vecto a —b cotoa do 1a?
A. (3;431). B. (1;2;3). C. (-1;-2;3). D. (3;5:1).

Loi giai
Taco: a—b=(2-1;3-1;2+1)=(1;2;3).

Cho Cho hinh chép S.4BCD ¢6 ddy ABCD 1a hinh binh hanh. Pat SA=a; SB=b; SC=¢

S—D:J.Khéng dinh nao sau day dung?

.d+é=d+b. B.d+b=C+d. C.d+d=b+¢. D. d+b+¢+d=0.
Loi giai

>

Goi O la tam cua hinh binh hanh ABCD . Ta phan tich nhu sau:
S4+SC =250 , :
_. __ __ (dotinh chat cua duong trung tuyén)

SB+SD =250

= SA+SC=SB+SD < d+c¢=d+b.

Cho Cho ba véc to 5,[;,5 ddng phing. Xét cac véc to x=2a-b; }: —4Zz+2l;; z=-3b-2c.

Chon khang dinh diing?.

A. Hai véc to y;Z cung phuong. B. Hai véc to X;) cung phuong.

- = - — -

C. Hai véc to X,z cung phuong. D. Ba véc to ¥;;zd6ng phang

Loi giai
Nhan thiy ; =-2X nén ;C,; cung phuong.
Trong khéng gian Oxyz, cho ba diém A(3;5;-1), B(7;x31) va C(9;2;p). DPé 4, B, Cthiang
hang thi gia tri x+ y bang
A. 5. B. 6. C. 4. D. 7.

Loi giai

Taco AB=(4x-5;2), AC=(6;-3;y+1)
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

, [ — 4 x-=5 2 6(x-5)=-12 x=3
A, B, Cthang hang khi AB, AC cung phuong < —= = &
6 -3 y+l  |4(y+1)=12 y=2

Vay x+y=5.
Do ACC'A' 14 hinh binh hanh, theo quy tic hinh binh hanh ta c6: A4'+ AC = AC".

Ciu 6:  Cho hinh hop 4BCD.A'B'C'D’ vec to c6 diém dau va diém cudi 1a cac dinh cta hinh hop bang
vec to BC' 1a
Al D
P;L ------ -- 4D
B C
A. AC'. B. 4AD'. C.A'D. D. BA'.
Loi giai
Do BC'D' A la hinh binh hanh nén ta c6: BC'= AD'.
Cau7: Trong khong gian Oxyz cho a = (2;—1;0),1; =(1;1;-3) .Khi do toa do a+b la
A. (3;2,-3). B. (3;0;-3). C. (1,0;-3). D. (3;0;3)
Loi giai
Tacé a+b=(2+1;-1+1;0-3)=(3;0;-3).
Ciu 8: Trong khong gian véi hé toa do Oxyz, cho vecto ;( 5; 7;2). Toa d6 cua vecto 2a 1a
A. (10;14;4). B. (10;7;2). C. (10;14;2). D. (10;7;4).
Loi giai
Taco 2a=(2.52.7;2.2)=(10;14;4).
Cau 9: Trong khong gian véi hé truc toa dd Oxyz , cho vecto U= (—4;2; —3) va diém A(1;2;3). Toa do
diém B théa man 4B =ula:
A. B(3;2;-4). B. B(-3;4;0). C. B(3;-4;0). D. B(-3;-4;,-4).
Loi giai
Goi B(x;y;z)
Khidé AB=(x-1y-2;z-3).
x—1=-4 x=-3
AB=u<{y-2=2 <{y=4 .Viy B(3;—4,0).
z-3=-3 z=0
Cau 10: Trong khong gian véi hé toa 0 Oxyz, cho ba vecto ;( 1;2;2) , E( 3;0;—1), E( -6; 1;—1). Biét
vecto m=3a—2b+c cotoadd (x;y;2). Tinh T=x+y+z.
A. T=6. B. T=5. C.T=-5. D.T=7.
Loi giai
a(1,2;2) = 3a( 3;6;6); b( 3;0;—1) = 2b( 6;0;-2).
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Cau 11:

Cau 12:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

m=3a-2b+c =(3-6+(-6);6-0+1L,6—(-2)+(-1)) =(-9;77)
T=-9+7+7=5.

Cho hai vecto Zz,l; théa man: |Zz| =26; b|= 28; ;+Z;| =48 . b dai vecto a-b béng?
A. 25. B. /616 . C.09. D. V/618.
Loi giai

a5 =(a-B) :gﬁ+z;2_za.z;=z(a2+z;2)_(a+zs)2

=2(|Zz|2 +|B|2)—|Z¢+13|2 =2(26” +287)-48” =616
N ENGT
Trong khong gian véi hé toa do Oxyz, cho vecto E( 1; 2;—2), I;( 3;1;—1) va vecto Z( x;y;l) .

Biét a Lc, be=2.Tinh T=x.y

AT=2 B.T-12 -2 D.T=—3
25 5 25 25
Loi giai
.. . _4
Clalce ac=0 x+2y-2=0 X+2y=2 x_5
Tacd <_ <L = = & .
y==
5
12
Suyra T =xy=—.
Y 9% 25

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chon ding hoac sai.
Cho t dién ABCD c6 AB=2a, CD=2b.Goi I, J lan lugt 1a trung diém cia AB, CD va
IJ =2¢,M 1amot diém batky va G 1a trong tm cta tir dién. Khang dinh nao sau day diang?
a) AB+CD=AD+CB.
b) AB+AC+ AD =3 4G
c) MA* + MB* =2MI".
d) Gié tri nho nhét cia P=MA® + MB> + MC® + MD® bing 2(a’ +b” +2¢*).
Loi giai
| a) bang | b) Sai ‘ ¢) Sai ‘ d) Pung ‘

_— Vs s Vs

0
Vay a) PUNG.
b) Do 7, J lan luot 1a trung diém ctia AB, CD va G la trong tam cua tor dién ABCD nén G
trung diém IJ va nén ta c6
AB+AC+AD =241 +24] =2( 4l + A7) =2.24G = 44G .
Vay b) SAI
c) MA* + MB* =2MI*
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Cau 2:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

A

C
Taco MA*=MA' =(Mi+IA) =MI* + 14 + 2M].IA
va MB*=MB = (JWH_B')Z - MI? + IB* + 2MI.IB .
Suy ra MA> + MB* =2MI” + 24> + 21747(12 +7§) (do I4=IB =a)
=2MI* +2a* (do IA+1B=0). (1)
Vay ¢) SAL.
d) Tuong tu cdu ¢), ta co MC* + MD* =2MJ* +2b*. (2)
Do G la trung diém IJ nén ta cling c6 MI° + MJ* =2MG” +2¢*. (3)
Tir (1), (2) va (3), suy ra MA® + MB* + MC® + MD* = 4MG” +2(a’ +b* +2¢7) .
Do d6 MA> + MB* + MC* + MD’ 22(a’ +b” +2¢7).
Dau "=" xay ra khi va chi khi: MG =0 hay M tring v6i G .
Vay P,
Vay d) PUNG. ,
Trong khong gian Oxyz, cho cac diem A(3;2;—1), B(1;4;-2) va C(0;-2;3). Xét tinh ding sai

cua cac ménh deé sau:

L= 2(a2 +b* + 202) khi diém M tring véi trong tim tir dién.

Ménh dé Ping | Sai

a) | 4B =(-2;2;-1)

b) | |4B|=3

©) | Toa do diém M saocho AB+CM =0 la (1;-2;2)

d) | Toa dd diém N thudc mat phing (Oxy), sao cho 4,B, N thiang hang 1a
(5; 0,0

Loi giai
| a) buang | b) Piing ‘ ¢) Sai ‘ d) Pung
a) AB=(1-3;4-2;-2—-(-1)=(-2;2;-1)
b) | 4B |=[(-2) +2° +(-1)’ =3
¢) Goi M (x;y;z) thi MC = (—x;—2—y,3-z).
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

—x=-2 x=2
Vi AB+CM =0= AB=MC = {-2—y=2{y=—4. = M(Q2;-44).
3—z=-1 z=4
d) Vi N thudc mit phang (Oxy) nén toa do diém N 1a N(x;;0)
Ta co: AN(x—3;y—2;1); BN(x—1; y—4;2)
Dé A4,B,N thing hang thi hai vecto AN, BN cung phuong. Do do, AN = kBN (voi k#0)

x—3=l(x—l)
x-3=k(x-1) 21 .
Suyra, < y—2=k(y—-4)= y—2=5(y—4):>{x:0. Vay N(5;0;0).
1=2k : -
h=—
2

Trong khong gian Oxyz, cho hinh binh hanh 4BCD c6 A(0;0;—1), B(-1;1;0), C(1;0;1) va
M 1a diém sao cho 3MA” +2MB*> — MC® dat gia tri nho nhét.

Ménh dé Ping | Sai
a) | 4B=(-1L11)
b) COSB/A\CZE
15
¢) | Toadd diém D 1a (2;-1;0).
9 Toa d6 diém M 1a (3;—1;1)
4> 2
Loi giai
| a) bang | b) Sai ‘ ¢) Pung ‘ d) Sai ‘
a) biang
AB=(-LL1).
b) Sai
AC =(1;0;2)
cos BT - ABAC _—1+0+2 _ \/E.
AB.AC 35 15
¢) Pung
x,—0=1+1 x, =2
Vi tir gidc ABCD 1a hinh binh hanh nén AD = BC <4y, -0=0-1<1y, =—1.
z,+1=1-0 z,=0
d) Sai
m:(x;y;z+l) AM2=x2+y2+(z+1)2

Goi M (x;y;z)= W:(x+l;y—l;z): BM* =(x—|-1)2 +(y—1)2+z2
W:(x—l;y;z—l) CMZ:()C—I)2+yZ+(z—1)2
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Ta co

3MA® +2MB = MC =3[ x>+ 2+ (2 1) |+2[ (x 1)+ (y=1) +27 || (x=1)" 4 37+ (2 1)’

2
=4x2+4y2+422+6x—4y+82+6=(2x+%J +(2y—1)2+(2z+2)2—%2—%.
Dau "=" xay ra <:>x——3 -1 z=-1

y Ry :
Vay M(—E;l;—lj.
4’2

Cau 4: Mot chiée 6 to duoc dit trén mat day dudi cia mot khung sit co dang hinh hop chit nhat véi day
trén 1a hinh chir nhat ABCD, mat phing (4BCD) song song véi mit phang ndm ngang. Khung
sat d6 duoc bude vao méc E cua chiée can cau sao cho cac doan day cap EA4, EB, EC,ED cb d6
dai bang nhau va cung tao v&i mit phing (ABCD) mdt gbc bang 60°. Chiée can cau kéo khung
st 1én theo phuong thang dung. Biét rang cac luc cing E,E,E,E déu c6 cudong do 1a 4500N
va trong luong ctia khung sat 1a 2900N .

Pung | Sai

a) [+ F,=F+F,
b) K+ F =F,+F,

) ‘]7] + }73 =8000N (lam tron dén hang don vi).
d) Trong luong cuia chiéc xe 6 t6 1a 12688 N (lam tron dén hang don vi).
Loi giai
| a)Sai | b)Ping | «¢)Sai | d)Ding |

Léy cac diém M,N,P, Ql?m luot trén cac tia EA, EB, EC, ED sao cho

EM =F,,EN =F,,EP=F,, EQ =F,.
Do céc lyc cang E,E,_FZ,E déu c6 cuong d6 1a 4500N nén EM = EN = EP = EQ =4500 .
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a) SAI
Taco

F,+F,=EM + EN =2EH ,véi H 14 trung diém caa MN
F,+F, = EP+EQ=2EK ,véi K la trung diém cua PQ.
Suy ra FHE ¢173+F4
b) PUNG
Taco
F,+F, = EM +EP=2EO, véi O la trung diém cia MP
F,+F, = EN + EQ = 2EO, véi O la trung diém cta MP.
Suy ra 171+17’3=17'2+}74.
¢) SAI
|+ F| < 2EO |- 2E0.
Theo gia thiét, goc gita EAv6i (ABCD) bang 60, suy ra goc gitta EM v6i (MNPQ) ciing
bing 60" hay SMO =60’
Xét aEMO ¢6 EM =4500,SMO =60 . Suy ra EO = EM sin60° =2250+/3 .
Tir day, ta tinh duge [F, + F| =260 = 7794N.
d) PUNG
F+F,+F,+ E‘ —|4EO |=4.EO = 4.22503/3 = 9000~/3 ~ 15588 N 1a trong luong cia O t6 va
khung sit.
Vay trong luong cia O td 1a : 15588 —-2900 =12688N .

PHAN III. Cau trac nghiém tra 1oi ngan. Thi sinh tra 101 tr cau 1 dén cau 6.

Cau l: Trong khong gian Oxyz, cho hai diém A(O; —2;—1),B(l;—1;2). Piém M(a;b;c) thudc doan
thang AB thoa mian MA =2MB . Tinh gié tri ciia biéu thirc T =a—b+c?

Loi giai

Tra loi: 3
Do diém M (a;b;c) thuge doan thing AB théa man MA=2MB nén MA=-2MB
Ta c6: MA =(-a;—2-b;—-1-c¢) va MB = (I-a;—1-b;2-c).
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Khi d6 ta co

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

a=

—a:—2(1—a) 3
4 2 4
—2—b=—2(—1—b)<:> b=—§.Vay T=a—b+c=§+§+1=3.

~1-c=-2(2-¢)  |._;

Cau2: Cho ttr dién déu ABCD canh bang a.Goi M 1a trung diém cua CD; G 1a trung diém caa AM
biét BG.AC = na’ ( n 1a s6 thap phéan). Gia tri cia n bang. (két qua lam tron dén hang phan
muo1i)

Loi giai
Tra loi: -0,1
D
C
2
Xét tir dién déu ABCD canh bang a, ta c6: BA.BC = BC.BD = BD.BA=a.a.cos60° = % .
Do M la trung diém cua CD; G 1a trung diém cia AM nén ta cé:
BG =L (Bd+BM)=~| Bi+LBC+1BD
2 2 2 2
sy e (1= 1= ==\ =\ a a a a a a a’
Khi do: BG.AC =| ~BA+—BC+—BD |(BC-BA)="-- T+ -4 S -2
2 4 4 4 2 4 8 8 8 8
Vay n=-0,125=-0,1.

Cau 3: Trong hé truc toa do (Oxyz) , mot thiét bj 4m thanh duoc phat tir vi tri A(1;5;8) . Nguoi ta du
dinh dat mgt may thu tin hi¢u trén mat phfmg (Oxy) . Biét may thu dat ¢ vi tri M (a;b;c)sé
nhan duoc tin hiéu sém nhat. Khi d6 a + 2b + 3¢ bang.

Loi giai
Tra loi: 11
Nguoi ta dit may thu trén mit phang (Oxy) sao cho nhan duoc tin hiéu sém nhét nén bai toan
trd thanh: Tim M € (Oxy) sao cho MA dat gié tri nho nhat khi va chi khi M 1a hinh chiéu vuéng
goc ciia A 1én mit phiang (Oxy) . Do do M(I;S;O).
Vay a+2b+3c=1+2.5+3.0=11.
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Cau 4:

Ciu 5:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Trong khong gian toa d§ Oxyz cho avab tao voi nhau mot goc 120° . Biét rang |Zz| =4;

B=3,
tinh gia tri cia biéu thic 4= |Zz - I;| + |Zz + Z| (1am tron két qua dén hang phan trim)
Loi giai
Tra loi: 82,7
- -2 - =\2 -2 - = —|2 = |-
Taco: |a—b| =(a~b) =|a| —2ab+[p| =16-2|a|[p|cos120°+9=37
- =2 - —\2 —|2 - = —|2 = |-
Tuong tu |a +b| =(a+b) = |a| +2a.b+|b| - 16+2|a|.|b|c05120°+9 ~13
Do do6 A=|Zz—l§|+|2:+l§| =\/§+\/ﬁz9,69.
Vay P=a+b+c= 50(cos43°.cos65° +c0s43°.cos25° + sin43°) ~82,7.
Dé theo dodi hanh trinh cua mot chiée may bay, nguoi ta 1ap hé toa dd Oxyz c6 géc toa d6 O
triung v6i vi tri ctia trung tam kiém soat khong luu, mit phang Oxy trang voi mat dat (duge coi
12 mit phang) véi truc Ox hudng vé phia ty, truc Oy hudng vé phia nam va truc Oz huéng
thang dimg 1én troi. Sau khi cat canh va dat d6 cao nhit dinh, chiéc may bay A duy tri hudng bay
vé phia nam véi téc d6 840 km/h. Sau thoi diém do6 nira gio va ¢ do cao thap hon vi tri méay bay
A 50km, may bay B ciing duy tri huéng bay vé phia nam véi tc d6 960km/h. Tim thoi gian may

bay B bay trong khoang thoi gian 6h tinh tir lic may bay B bay theo huéng nam dé khoang cach
giita hai may bay A va B ngin nhat.

Loi giai

Tra loi: 3,5

Goi z, la do cao cua may bay A.

Goi ¢ gio 1 thoi gian di chuyén ciia may bay B ké tir khi bat ddu xuat phat vé huéng nam, khi
dé may bay A di chuyén dugc #+0,5 gio.

Tai thoi diém ¢, may bay A ¢ vi tri diém c6 toa do M (0;840(¢+0,5);z, ), may bay B & vi tri

diém c6 toa do N (0;960z;z, —50)

Khoang céach gitta hai may bay bang MN = \/(120t —420)2 +50°

Véi 0<t<6, taco (1201‘—420)2 ZO:MNZSO.DéuZXéyrakhi t=3,5

Vay may bay B bay 3,5 gio ké tir thoi diém bay theo huéng nam thi khoang cach giita hai may
bay A va B 1a ngin nhat.
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Cau 6:  MOot binh ca canh c6 dang mot chom cau dwoc dit trén mot chan dé (tham khao hinh v&). Biét
tong khoi luong bé ca 1a 20kg, ba chan dé 13 ba canh bén ctia mot hinh chép cut déu co do dai
canh bén bang 50cm, hai day c6 do dai lan lugt 1a 30cm va 20cm. Biét gia toc trong truong bang
10m/s%, tinh do 16n luc tac dung cua bé ca 1én ting chan dé (Két qua lam tron dén chir sé thir

nhdt phan thdp phdn)

Loi giai
Tra loi: 67,1
Phan giai chi tiét
Trong luc ciia bé ca la 20.10 = 200N
Kéo dai cac canh bén ctia hinh chép cut déu, ta dugc khdi chop déu 0.4BC (Hinh v& bén dudi)

Gia str cac vecto luc cua bé cé tac dung Ién céc chan dén 1a F{ = Q,Fz = @,1?; =0C
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D2 thdy ba luc nay c6 do 16n bing nhau va F, + F, + F, = OF ;

ﬁ‘:ﬁezoozv

Tinh duwgc OM = ON = OP =100;0F =2.0D = 24/150° —=15> =904/11; DC :?.AB =15+3.

OD* +0C? - DC* 2401
cosa = = ;
2.0D.0C \ 2475
OF? = OE* + EF? +2.0E.EF.cosa = 199800 = OF =30~/222
F 04 04

Taco Lt=——=F=—F=~67,1.
F  OF OF
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

VECTO
TRONG KHONG GIAN

ON TAP CUOI CHUONG 2
PE TEST SO 02

PHAN 1. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 3:

Cau 4:

thi sinh chi chon mot phuong an.

Cho tir dién ABCD. C6 bao nhiéu vécto c6 diém dau 1a 4 va diém cudi 1a mot trong cac dinh
con lai cua tir dién.
Al

B. 2 C. 3. D. 4.

Trong khéng gian Oxyz , cho u = (2;,—3;1). Khi do, 2u ¢6 toa do 14

A 2u=(4-6;2).  B.2u=(2-22). C.2u=(-46-2). D.2u=(%-3-2).

Cho hinh hop ABCD.A'B'C'D'. Vecto ndo sau day 1a vecto dbi cua AB?

.
|
|
|
| } 'L
|
|
|
|
Dp —— = — -1 - = —pc
£
Fa
Fa
#
s
4 E
A. DC. B. A'B". C.D'C'. D.C'D'.
Cho hinh hop ABCD.A'B'C'D'. Sb do goc giira hai vecto AA4' va CD 1a
.
|
|
|
A | i
|
|
|
|
Bpm = —— e
&
Fa
Fa
#
s
A B
A. 90°. B. 60°. C. 45°. D. 30°.
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Cau 5:

Cau 6:

Cau 7:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

Cho hinh 1ap phwong ABCD.A'B'C'D" ¢6 d6 dai canh bang 1. Tinh tich vo huéng AB.CD

o

|
|
|
|
A3 4
|
|
|
|

A. 1. B. -1. C.0. D. 2.
Trong khong gian véi hé toa @ Oxyz , cho hai vecto u = (0;-1;8) va V= (=5;-3;7) . Toa do cua

vecto u+vla

A. (5,-4;15). B. (-5-2;-1). C. (5:2;1). D. (-5;-4;15).
Cho hinh 1ap phuong ABCD.A'B'C'D’ canh a. Khi do, tich AB'.AD’ bing
A. %cﬁ. B. \/§a2. C.a*. D. ?a?

Trong khong gian véi hé toa do Oxyz, cho tam gidc ABC voi A(2;0;-1), B(-1;3;5) va
C (8;—3; 2) . Toa d6 trong tdim G cua tam giac ABC la

A. (1;3;4). B. (3;0;2). C. (-2;0;3). D. (9;0;6).
Trong khong gian Oxyz, cho vecto u = (=2;1;3). Toa do vecto “2u la:
A. (—4;2;6).. B. (4,-2;-6). C. (4-2;6). D. [l;—%;%)

Trong khong gian Oxyz, tinh d§ dai cua vecto U= (2;—1; 2)

A fu[=9.. B. |u|=2v2.. C. [u[=+7.. D. [u[=3.

Trong khong gian Oxyz, tich vé huéng cia hai vecto u = (3;-2;—1), v=(2;1;—4) la

A. 8. B. 746 . C.0. D. —48.

Trong khong gian v6i hé truc toa dd Oxyz cho ba diém M (2;3;-1), N(-L1;1) va P(L;m—1;2)

. Tim m dé tam giac MNP vudng tai N .
A.m=0 B.m=2. C. m=-6 D.m=-2.

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chon ding hoac sai.
Trong khong gian Oxyz , cho ba diémA(2;3;1) , B(-1,2;0),C(1;1;-2).
a) OA=2i+ 3}' +k
b) AB=(3;-1;-1)
¢) Goi D 1a diém sao cho ABCD 14 hinh binh hanh. Khi dé D(4; 2; — 1)
J870

15

d) H la tryc tam tam gidc ABC, khi d6, do dai doan OH bf‘mg

Gido vién: Huynh Vin Anh — 42 Nguyén Cw Trinh — Thugn Hoa — TP Hlfé, —DT: 0984164935 Page 2
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CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

Cau2: Trong khong gian v6i hé toa 46 Oxyz , cho ba diém A(1;3;2),B(2;-1;4),C(5:1;,-2).

Ménh dé

‘Dl’lng‘ Sai ‘

a) | Trung diém ctia doan thang AC 1a M (3;2;0).
b) | Khoang cach giita hai diém 4 va B 1a AB=+21.
¢) | bé Cla trong thm tam gidc ABM thi toa do M (12;1;—12).
d) | Gia trj cosin cta goc giita hai vec to AB va AC 1a
—_— — 21
cos(4B,4C) Y21
63
Cau 3: Trong khong gian véi hé truc toa dd Oxyz, cho bén diém A(2:3;0), B(1;2;3), C(-1;2;0) va
D(2;4;0).
Ménh dé Dung ‘ Sai ‘
a) N y L ez 2.7
Trong tdm cua tam giac ABC ladiem G 5; g;l .
b) | Géc giita 2 véc to AB va CD xép xi bang 113°.
c . — . .
) biém E théaman 2EA+4EB-3EC =0 thi E(?;g;—4j.
d) | Goi H(x,;¥y:2,) 1a tryc tim cia tam gidc ACD thi

3x,—y,+2024z,=6.

Ciu 4: Hinh minh hoa so d6 mot ngdi nha trong khong gian Oxyz , trong d6 nén nha, bén birc tuong va

hai mai nha déu 1a hinh chit nhat.

N2:5:4)

'” --------------------- Gid;

ED:0:3) :‘: F
L e B4 :

-y

N0:-0: A

a) Toa d6 diém F(4;0;3).

b) Toa d6 vecto AH = (4;5;3).
C) AH .AF =3.

d) Goc ddc cuia mai nha, tic 1a sb do cua g6c nhi dién c6 canh 1a duong théng FG , hai mit 1an
luot 1a (FGOP) va (FGHE) bang 26,6° (1am tron két qua dén hang phan muoi)

o

Lh
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DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:  Cho hai vecto @5 thoaman: [d|=3,[b|=4,a@+5|=6. Tinh |d—b|. (Lam tron két qua dén hang

phan tram).
Cau2: Trong khong gian véi hé toa d0 Oxyz, cho tam giac ABC co A(l;2;—1), B(2;—1;3),

C(—4;7;5). Goi D la chan duong phan giac trong goc B cua tam giac ABC. P¢ dai doan
a ..., .
AD =——, gid tri cua a 1a?

Cau 3: Cho hinh chép S.4BCD c6 day 1a hinh chit nhat véi 4B =3; AD = 4; S4vudng gdoc voi mat day
SA4 = 2+/6 .Tinh (ST?,H)) theo don vi do goc bang d6? (két qua 1am tron dén hang phan muoi)

Cau4: Mot chiéc dén trang tri hinh tron dugc treo song song voi mat
phang tran nha nam ngang bai ba sgi day khong gian O4,0B,0C
d6i mot vudng goc (nhu hinh v& dudi ddy). Biét luc cang day
twong tng trén modi day OA4,0B,0C lan luot 1a fl ,FZ,E thoa

man |F|= }72 = 173 =16 (N). Tinh trong lugng (don vi: N) cua P

chiéc dén do6. (Lam tron két qua dén hang phan chuc).
Cau5:  C6 hai tram thu phat song tin hidu mit dat
dit o hai diém O, 4 va vé tinh thu phat tin
hiéu tai & vi tri M, biét vé tinh di chuyén
ludn cach mit dat 35000km. Tin hiéu tai
O phat 1én vé tinh M 10i tuyén dén tram
thu tai A. Xét hé truc Oxyz dugc
chon  théa0(0;0;0),  A4(30;40;0)

M (x;y;35)( don vi toa d6 Ia ngan km).

Biét van tc trung binh truyén tin hiéu giira vé tinh v&i tram thu phat khoang 270000km/s. Mot
tin hiéu phat tir O dén M, rdi truyén vé A mét it nhat bao nhiéu gidy ( lam tron dén hang phan

tram).

Céau 6:  Khi chuyén dong trong khong gian, may
bay ludn chiu tac dong cia bdn luc —
chinh: lyc ddy cua dong co, luc cancaa | Lire'nang .

khong khi, trong luyc va luc nang khi
dong hoc. Luc can cia khong khi nguoce
hudng voi luc dy cua dong co va ¢ do
I6m ti 1¢ thudn v6i binh phuong van toe |0 Sais i e o Tronglue:
rr}éy bay. Mot chiéc may bay ting van j‘a:ff‘iﬁ.d‘_.r“ *-E, ! :,c"l‘:}_’ 3.
toc tir 900 km/h 1én 920 km/h, trong qua

trinh ting tbc may bay giir nguyén hudng bay. Luc can ciia khong khi khi may bay dat van toc
900 km / h va 920km / h 1an lugt dugc biéu dién boi hai vecto F, va F, . Biét F = kF, vdi k 1a

moét s6 thue dwong nao d6. Tinh gia tri cia & (1am tron két qua dén chir s6 thap phéan thi hai).
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

thi sinh chi chon m¢t phuong an.
Cho tir dién ABCD. C6 bao nhiéu vécto c6 diém dau la A4 va diém cubi 1a mot trong cac dinh
con lai cda tir dién.
A.l. B. 2 C.3. D. 4.
Loi gii
Ba véc to: AB, AC, AD .

Trong khong gian Oxyz , cho u = (2;—3;1). Khi do, 2 ¢6 toa do 14

A 2u=(4-62).  B.2u=(2-22). C 2u=(-46-2). D.2u=(2-3-2).
Loi gidi

Co 2u = (4;,—6;2).

Cho hinh hop ABCD.A'B'C'D'. Vecto ndo sau day 1a vecto dbi cua AB?

o’

|
|
|
|
A5 4
|
|
|
|

A. DC. B. A'B". C.D'C'. D. C'D".

Loi giai
Hai vecto AB va C'D' 1a hai vecto cung phuong, cung d¢ dai nhung nguoc hudng nén hai
vecto trén 13 hai vecto d6i nhau.

Cho hinh hop ABCD.A'B'C'D". Sé do géc giita hai vecto A4’ va CD la
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Cau 7:

Cau 8:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

A. 90°. C. 45°.
Loi giai

Ta co: AA' vudng goc voi mit phang (ABCD) nén AA' L CD. Vay, (A—A',fﬁ) =90°.

D. 30°.

Cho hinh 1ap phuong ABCD.A'B'C'D" ¢6 do dai canh bang 1. Tinh tich v huéng 4B.CD

o

A. 1. B. —1. C.0. D. 2.

Loi giai

Ta c6: AB.CD = |4B||CD|.cos(4B,CD)=1.1.cos180° = 1.

Trong khong gian véi hé toa d§ Oxyz , cho hai vecto U= (0;—1;8) va v= (—5; -3; 7) . Toa dd cua

vecto u+vla
A. (5-4;15). B. (-5;-2;-1).

Loi gidi
Ta co: &+;:(0—5;—1—3;8+7)hay ﬁ:(—S;—4;15).

C. (5:2;1). D. (-5;—4;15).

Cho hinh 1ap phuong ABCD.A'B’C'D’ canh . Khi d6, tich AB' AD' bang

V3

1
A =ad’. B. \24>. C.a. D. —a’.

2 2

Loi giai

C6 AB' = AD' = B'D' = a2 = AAB'D’ 14 tam giac déu
= B'AD' = 60°
Co AB'.AD' = AB'.AD'.cos B'AD' = d’.
Trong khong gian véi hé toa dd Oxyz, cho tam gidc ABC voi A(2;0;-1), B(-1;3;5) va

C (8;—3; 2) . Toa d6 trong tdim G cua tam giac ABC la
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

CHUYEN DPE I — GIAI TICH 12 - UNG DUNG PAO HAM PE KHAO SAT HAM SO

A. (1;3;4). B. (3;0;2). C. (-2;0;3). D. (9;0;6).
Loi giai
Ta co: G(z_;rg;0+§_3;_1+35+2jhay G(3;0;2).

Trong khong gian Oxyz, cho vecto u = (=2;1;3). Toa do vecto “2u la:
A. (—4;2;6).. B. (4;-2;-6). C. (4-2;6). D. [l;_%;%)

Toa d¢ ctia —2u = (4;-2;-6).

Trong khong gian Oxyz, tinh do dai cta vecto u = (2;-1;2)

A Ju|=9.. B. |u|=2v2.. C. [u[=+7.. D. [u=3.
Loi giai

Do dai ciia vecto |&| =22 +(=1)> +22 =3.

Trong khong gian Oxyz, tich vé huéng cia hai vecto u = (3;-2;—1), v=(2;1;—4) la

A.8. B. 74/6 . C.0. D. —48.
Loi giai

Taco: uv =32+ (=2).1+(=1).(-4) =8.

Trong khong gian véi hé truc toa dd Oxyz cho ba diém M(2;3;-1),N(-LL1) va P(,m—1;2)

. Tim m dé tam giac MNP vudng tai N .

A.m=0 B. m=2. C. m=-6 D. m=-2.

Loi giai

NM =(3;2;-2),NP =(2;m-2;1).

Tam giac MNP vudng tai N khi

NM.NP=0<6+2(m-2)-2=0<=m=0.

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chon ding hoac sai.

Trong khong gian Oxyz, cho ba diémA(2;3;1) , B(-1;2;0),C(1;1;-2).
a) OA=2i+ 3}’ +k

b) AB=(3;-1;-1)

¢) Goi D 1a diém sao cho ABCD la hinh binh hanh. Khi dé D(4; 2; — 1)

V870

d) H la tryc tam tam giac ABC , khi d6, d6 dai doan OH béng s

Loi giai
| a) Dung | b) Sai ‘ ¢) bung ‘ d) bing ‘

c)b
Goi D(x; y).Khidé AB=(-3;-1;-1), DC=(1-x;1-y;—2~z)

Page 7

Swu tam va bién soan



DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

-3=1-x x=4
Vi ABCD1a hinh binh hanhnén 4B=DC = {-1=1-y ={y=2
—-1=-2-z z=-1
Vay D(4;2;-1)
db
Goi H (x;y;z) 1a tryc tim tam giac ABC.
AH.BC=0 AH.BC=0
Khi d6 toa do diém H théa min { BH.AC =0 < {BH.AC=0 =
E,R,Edéng phdng [E,A—C]ﬁzo
2x—-y—-2z=-1
x+2y+3z=3
x—8y+5z=-17
Suy ra H(%;%;—%} .
Vay OH :@.
Cau2: Trong khong gian v6i hé toa dd Oxyz, cho ba diém A(1;3;2),B(2;-1;4),C(51;,-2).
Mé¢nh dé | Diing | Sai |

a) | Trung diém clia doan thang AC la M (3;2;0).

b) Khoang cach giira hai diém 4 va B 1a AB = J21.
¢) | Bé Cla trong tim tam giac ABM thitoa 46 M (12;1;—12) .

d) | Gia tri cosin ctia goc giita hai vec to AB va AC 1a

V21

cos(ZE,ZE) = o

Loi giai
| a) DPung | b) Ping ‘ ¢) bung ‘ d) Sai ‘

a) Dung.

A : 2+(-2
Ta c6 trung diém cua doan thang AC la M thiM(lzs;Sgl; g )]=M(3;2;0).

b) Dung.

Khoang cach gifta hai diém 4 va B 1a 4B =,(2-1) +(~1-3) +(4-2) =21
¢) bung.
Ta c6 Cla trong tAm tam gidc ABM thi toa d6 diém M c6 dang
M (3xc—x,=Xg33yc =V, = Vp33ze — 2, — 2 ). T d6 tim duoe M (12;1;-12).
d) Sai.
Tacd A(1;3;2), B(2;—1;4) nén 4B =(1;-4;2) = AB =21
Va A(1;3;2),C(5;1;—2):>Zéz(4;—2;—4):> AC=6.
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AB.AC 14+(—4)(—2)+2(—4)_2\/ﬁ'

Ta co cos(AB AC)

48| [4C] V216 6
Cau3: Trong khong gian véi hé truc toa dd Oxyz, cho bbn diém A(2:3;0), B(1;2;3),C(~1;2;0) va
D(2;4;0).
M¢nh dé Diing | Sai |
a)

. 2
Trong tdm cua tam giac ABC la diém G(E; %;1] .

b) | Goc giita 2 véc to AB va CD xép xi bang 113°.
©)

Diém E thoa man 2EA+4EB-3EC =0 thi E(? g —4]

d) | Goi H(xy;¥,:2,) 1a tryc tdm ctia tam giac ACD thi
3xy =Y, +2024z,=6.

Loi giai
| a)Ping | b)Sai | oSai | d)Ding |
a) PUNG
Trong tdm cua tam giac ABC 1a diém G(2+1_1;3+2+2;0+3+0j hay G(g Z;1).
3 3 3 3’3
b) SAI

Tacé AB=(-1;-1;3) va CD=(3;2;0).
ABCD —3-2+0 5

|AB| |CD| NTNERN TR

Suy ra gbc gitra 2 véc to AB va CD xap xi bang 115°.
c) SAI
Ta cod ﬂ=(2—x;3—y;—z),ﬁ=(1—x;2—y;3—z) va R‘=(—l—x;2—y;—z).

Khi d@o cos(AB CD

Khi d6 2EA+4EB—3EC = (4—2x+4—4x+3+3x;6 -2y +8—4y —6+3y;-2z+12 -4z +3z)

3
S . 8 118
Suy ra 264+ 4EB ~3EC =(11-35,8-3y;12-32) = (0:0;0) nén ¢y = hay E| 5234 ],
4

d) PUNG

D@ thay 4, C, D cung thude (Oxy) nén truc tim H (x,; ,;0), suy ra z, =0.
‘ {AHLCD ) {AHCD 0
i

CH 1 AD CH.AD = 0()

Tacé AH =(x,-2;y,-3;0),CD =(3;2;0), CH = (x, +1;3,~2;0) va AD =(0;1;0).
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Cau 4:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

8
3(x,—-2)+2(y,—-3)=0 3 2y =12 -
Khidé(*)@{ (x=2)+2( =3) @{xo+ SR L R
2

0.(xy +1)+1.(y,=2)=0  [¥,=2 )y =
=
R 8 .
Vay H(E;Z;Oj nén 3x, -y, +2024z,=6.
Hinh minh hoa so 6 mot ngdi nha trong khong gian Oxyz , trong d6 nén nha, bén birc tuong va
hai méi nha déu 1a hinh chit nhat.

0(2:5:4)

Lh
-

'h' --------------------- Gild

E0:0:3) — F
{";'."..".,..7... ........ B(4:5:

"
p—

= |

O :0:0) A

a) Toa d6 diém F(4;0;3).
b) Toa do vecto AH =(4;5;3).
c) AH .AF =3.
d) Goc ddc ciia mai nha, tire 1a sb do cua g6c nhi dién co6 canh 1a duong théng FG , hai mit 1an
luot 1a (FGOP) va (FGHE) bang 26,6° (1am tron két qua dén hang phan muoi)
Loi giai

| a)Ping | b)Sai | ¢)Sai | d)Ping |

a) Vi nén nha 13 hinh chit nhat nén OACB 14 hinh chit nhat, suy ra X, =xy=4, y.=y,=5.

Do diém A nam trén truc Ox nén toa do diém A(4;O;0); diém C nam trén truc Oy nén toa
do diem €(0;5;0).

Tuong nha 1a hinh chit nhat nén OCHE 1a hinh chit nhét, suyra y, =y, =5, z,, =z, =3.

Do H nim trén mit phang (Oyz) nén toa do diém H (0;5;3).

Tt gidc OAFE 1a hinh chit nhatnén x,. =x, =4, z, =z, =3

Do H nam trén mit phang (Oxz) nén toa do diém F (4,0;3).

b) Ta c6 toa do vecto AH = (-4:5;3).

¢) Tacd AF =(0;0;3). Suy ra AHAF =0+0+9=9.

d) Pé tinh goc ddc ctia mai nha, ta tinh sb do cua gdc nhi dién c6 canh 1a duong théng FG | hai
mit lan luot 1a (FGQOP) va (FGHE).
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Do mit phang (Ozx) vudng géc voi hai mat phing (FGOP) va (FGHE) nén PFE 1a goc
phang nhi dién can tim.
Tacd FP=(-2;0;1), FE =(—4;0;0) suy ra

cos PFE = cos(FP, FE) = FP.FE (=2)(-4)+0.0+1.0 25

FR[FE] 2 0 a0 107 S

Do do, PFE ~ 26,6° . Vay goc doc mai nha khoang 26,6° .

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cho hai vecto G,b théa man: |a| =3,

b|=4,

a+ E| =6. Tinh |d — Z;| . (Lam tron két qua dén hang
phan trim).

Loi giai
Tra loi: 3,74

Taco: |d+B[ =(a+b) =[af +2ab +[p[ =2ab =|a+5[ ~[af -[p| =11.

a-b[ =(a~b) =af ~2ab +[p[ =9-11+16=14 =[a 5| =14 ~3,74.

Trong khong gian véi hé toa d0 Oxyz, cho tam gidc ABC cb A(1;2;—1), B(2;—1;3),
C(—4;7;5). Goi D la chan duong phan giac trong goc B cua tam giac ABC. P¢ dai doan
AD = Ta, gia tri cua a 1a?

Loi gidi
Tr4 10i: 86

A

D C

Tacod AB=+/26, BC =104 =226 .

Goi D(x; y;z) 1a chan duong phan giac trong goc B cua tam giac ABC, theo tinh chat phan
DA B4 1 — 1 —;

gidctacO — =—=—.Suyra DA=—-—DC (*)
DC BC 2 2

Taco DA=(1-x2—y;—1—z) va DC =(—4—x;7—y;5—z).
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Cau 3:

Cau 4:

DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN

l—x:—%(—4—x) xz—%
1 11 2 11
Do d6 (*)={2—y=—=(7—- ly==—=Dp|-Z,=:1|.
046 () |2y =1 y)(:)y3:>[33]
L—l—Z=—%(5—Z> z=1

—-— 55
AD =(—;=;2
(3 3 )

V86 _a _
3

Vﬁy AD = T a=286
Cho hinh chop S.4BCD c6 day 1a hinh chit nhat vé1 4B =3; AD = 4; S4vudng goc voi mat day

SA =2+/6 .Tinh (R?:Eﬁ) theo don vi do goc bang d6? (két qua 1am tron dén hang phan muoi)

Loi giai

Tra 1oi: 78,5

<==\ SCBD 7 1 (==
c0s(SC;BD | = === = 7= = = (SC;BD) = 78,5".
sc|.[sD| 75
Mot chiée dén trang tri hinh tron dugce treo song song véi mit phang tran nha nim ngang boi ba

soi day khong gian OA4,0B,0C dbi mot vudng goc (nhu hinh v& dudi day). Biét luc cing day
twong tmg trén mdi day OA4,0B,0C lanluotla F,, F,, F, théa man |}71| =|F|=|F,

=16(N). Tinh

trong lugng (don vi: N) ctia chiéc dén d6. (Lam tron két qua dén hang phan chuc).
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Tra loi: 27,7
Taco: P= F]+f7;+}73|:|5;1+5§+55 .

V& hinh vudng OAEB, ta c6 OA+ OB = OE . (Quy tic hinh binh hanh)
V& hinh chit nhat OCFE, ta c6 OC + OE = OF . (Quy tic hinh binh hanh)
Suyra: P= |5I7| =O0OF.

Xét hinh vudng OAEB, canh 16, ¢6 dudng chéo OF =164/2 .
Xét tam giac vuong OEF vuong tai E, co

OF =~JOE? + EF* =,/(16\/§)2 +16* =1633 ~ 27,7

Vay P~27,7(N).

C6 hai tram thu phat séng tin hi¢u mat dat dat ¢ hai diém O, 4 va vé tinh thu phat tin hiu tai &
vi tri M, biét vé tinh di chuyén luén cach mat dat 35000km. Tin hiéu tai O phat 1én vé tinh M rdi
tuyén dén tram thu tai A. Xét hé truc Oxyz duoc chon thoaO(0;0;0), A4(30;40;0)
M (x;;35) ( don vi toa do la ngan km). Biét van toc trung binh truyén tin hiéu giita vé tinh véi

tram thu phat khoang 270000km/s. M6t tin hi¢u phat tir O dén M, rdi truyén vé A mat it nhat bao
nhiéu gidy ( 1am tron dén hang phan tram).

Loi giai

Tra 10i: 0,32

Page 13

Swu tam va bién soan



DE TEST THEO BAI — CHUYEN PE Il - VECTO TRONG KHONG GIAN
Ta c6, d6 dai quing duong truyén tin hiéu
T =OM +MA =¥ +y* +35" +/(30—x)’ +(40—y)’ +35’
> J(x+30-x)" +(y+40—y) +(35+35)" =10574 (ngan km)

10474
270

Thoi gian it nhit dé A nhan duoc tin hiéu tir O 1a: ~ 0,32 (s).

Khi chuyén dong trong khong gian, may bay ludn chiu tac dong ctia bon luc chinh: lyc dy cua
dong co, luc can cua khong khi, trong luc va luc nang khi dong hoc. Luc can cia khong khi
nguoc hudng véi luc ddy ctua dong co va co do 16n ti 16 thuén vé6i binh phuong van tbe méy bay.
Mot chiée may bay ting van tde tir 900 km/h 1én 920 kmv/h, trong qué trinh ting tdc may bay gitt
nguyén hudng bay. Lyuc can ctia khong khi khi may bay dat van tdc 900km / h va 920km / h lan
luot dugc biéu dién boi hai vecto F, va F, . Biét F, =kF, v6i k 1a mot s6 thuc duong nao do.

Tinh gié tri cia & (lam tron két qua dén chir s6 thap phan thir hai).

gr,ﬂ, i "m‘_;:\,- : T-IBHQAJU’:’('}“
| e g T o el i L R

Loi giai

Tra loi: 0,96

Vi trong qua trinh may bay ting van toc tir 900km / h 1én 920km / h méay bay giit nguyén hudng
bay nén vecto F, va F, c6 cung huéng. Do d6, F, =kF, v6i k 1a mot s thuc duong nao do
(D.

Goi v,,v, 1an luot 12 van tde cua cta chiée may bay khi dat 900km /h va 920km/ h .

Suy ra v, =900(km / h),v, =920(km / h)

Vi luc can ciia khong khi nguge huéng voi luc ddy ciia dong co va cé d6 10n ti 16 thuan véi binh

\F \ v 900 2025

huong van tdc may bay nén = 2025 =
AV — —_—
pavong oy ‘ 1 2 ~920° 2116

21161 2 @

1 =

Tur (1) va (2) ta co: F = 2025F2:>k= 2025 ~0,96.
2116 2116
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