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Cubn sdch nay cia:

)

“Khi nao em cdm thdy mudn phé phan va ché bai mét ai dé,
hay nhé rang khong phai ai trén thé gidi nay ciing c6 nhiing
thuan loi trong cudc sébng ma em cé duogc."
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“Noi nao co v chi, noi dé co con dwong.”
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&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

Cau 1:

) https://luyenthitracnghiem.vn

im"ll
iy

@)
&>
=

[\°)

o hutps /vy facchoohcomsicigeld,

Cau 3:

[ BAI 1: TINH PON DIEU CUA HAM SO }

(Cu 19 - Chuyén Vinh - Lan 2 - Niim 2020 - 2021) Cho ham s6 y = f(x) c6 bang bién thién

nhu hinh v€ bén. Ham s6 da cho nghich bién trén khoang nao sau day?

X |-00 1 2 +o00

+00
fx) /2\_1 /

®. (1;2). ®. (1;+). ©. (-1;2). @. (~031).
Loi giai

Chgn A

Tir bang bién thién ta c6 suy ra ham s6 nghich bién trén khoang (l; 2) .

(CAu 4 - Chuyén Vinh - Lan 1 - Nim 2020 - 2021) Cho ham s6 y = f(x) c6 d thi nhu hinh

v& bén. Ham sd da cho ddng bién trén khoang nao trong cac khoang dudi day?

‘Y

I B

RY,

®. (0;1). ®. (-2;-1). ©. (-1,0). ©. (-1;3).
Loi giai
Chgn C

Quan sat hinh ta thiy trong cac dap an chi c6 khoang (—1;0) d6 thi ham s6 di lén.

(Céu 15 - PTD Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho ham s6 y = f(x) ¢6 db thi 1a

dudng cong trong hinh v& bén. Haim sb y = f (x) ddng bién trong khoang nao dudi day?
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Vs

~
L~

—_—— — — —

-1

®. (0;1). ®. (-10). ©. (-1L1).

Loi giai

Chon B

®. (—oo;—l).

Tir d6 thi ham s6 ta thiy ham s6 y = f(x) dong bién trong khoang (—l; 0) .

)

uA waTySuwenIyyuainy/:sdyy (

Ciau4: (Ciu 16 - PTP Chuyén Vinh - Lan 2 - Niim 2019 - 2020) Cho ham s y = f(x) c6 db thi

nhu hinh vé bén.

Ham sb nghich bién trén khoang nao sau day?
®. (=31). ®. (3;+). ©. (-13).
Loi giai

Chon B

®. (0:2).

PrebrvyweeagpIvt avay vdimy my

Tir hinh v& ta thy, d6 thi ham s6 y = f (x) di tir trén xudng dudi, tir trai sang phai trén khoang

(2; +oo) . Do d6 ham sb nghich bién trén khoang (3;+oo) .

ta dugc dap an dung la D
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“Thanh céng la néi khéng véi ludi biéng”

Quang Thuan — Ba b6n — QB

Ciu 5: (Céu 15 - Chuyén Vinh - Lan 2 - Niam 2019 - 2020) Cho ham s6 y= f(x) c6 bang bién thién
nhu hinh v&. Ham sb da cho dong bién trén khoang nao sau day?
T | —o0 0 2 4 +oo
y' - 0 + 0o - 0 +

=

> o 3

= \ 2
3 y / /
Be 1 I

en

=

&

= ®. (-1 2). ®. (1 3). ©. (1; 2). @. (2 4).
=

=

% Loi giai

— Chon C

S o

§_( Tir bang bién thién ta thdy ham sé dong bién trén cac khoang (0; 2) va (4;+oo) .

whed

:;_ Do d6 ta chon dap an C.

Céu 6: (CAu 22 - Chuyén Vinh - Lén 1 - Nim 2019 - 2020) Cho ham s y = f(x) c6 d6 thi nhu hinh

o hutps v facchoohcomsicigeld

vé bén.

Ham s6 da cho dong bién trén khoang
®. (1;2). ®. (~1;0). ©. (031).
Loi giai

Chon B

Can ctr vao d0 thi ta ¢6 ban bién thién sau :
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X

—o0 -1 0 2 +o0

L

-}:

y=r(x

’\/\/

Duya vao BBT ta c6 ham s6 dong bién tren -1 O nen chon dap an B

Cau7: (Céau 1l - Chuyén Vin

h - Lan 3 - Nim 2018 - 2019) Cho ham s§ y = f'(x) c6 do thi nhu

hinh bén. Ham s6 di cho nghich bién trén khoang

®. (0;2).

Chon D

Dua vao d6 thi, ham so

e,
3 /N1 | 3
yEITRAE
i \ I
_3 - —
®. (-2;0). ©. (-3;-1). ©. (2:3).
Loi gidi

d6ng bién trén khoang (2; 3) .

la

Cau8: (Céu 8 - Chuyén Vinh - Lan 2 - Niim 2018 - 2019) Cho ham s6 f(x) c6 do thi nhu hinh v&

bén. Ham so dong bién

®. (2;4).

Chon C

trén khoang nao sau day?

®. (0;3)- ©. (2;3). ®. (—1;4).

Loi giai

Trén khoang (1;3) thi d thi c6 hudng di 1én. Suy ra ham sé dong bién (1;3) .

Nhu vay khoang (2; 3) c

(1;3) lam cho ham s6 dong bién.
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&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

Cau9: (Ciu 11 - Chuyén Vinh - Lan 1 - Nim 2018 - 2019) Cho him s6 y= f(x) c6 @b thi nhu

hinh vé bén. Ménh d¢ nao sau day ding vé ham so6 d6?

) https://luyenthitracnghiem.vn

®. Nghich bién trén khoang (—l; 0) (®). Pong bién trén khoang (—3;1)
©. Pong bién trén khoang (0;1) ©. Nghich bién trén khoang (0; 2)
Loi giai
Chon C
_ Dua vio d0 thi ta thdy ham s6 dong bién trén khoang (0;1) .

Céu 10: (CAu 23 - Chuyén Vinh - Lan 3 - Niam 2017 - 2018) Him s6 y = (x2 —x)z nghich bién trén
khoang nao dudi day?

®. (o%) ®. (1;2). ©. (-2,0). ®. (6;1).
Loi giai
Chon C

[\)|>—’_‘O

Tac6 y'=2(x*—x)(2x—1). Giai phuong trinh )’ =0 < 2(x* -x)(2x-1)=0 <

Lap bang bién thién

o hutps v facchoohcomsicigeld

Tir bang bién thién ta c6 ham sb nghich bién trén khoang (—oo; O) va (%;lj nén ham s6 nghich
bién trén khoang (—2; 0) .
Ciu 11: (Ciu 7 - Chuyén Vinh - Lén 2 - Niim 2017 - 2018) Cho ham s6 y = f(x) c6 bang bién thién

nhu hinh v& bén. Ham s6 y = f(x) nghich bién trén khoang nao trong cac khoang sau day?
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—© -1 0 1 +00

- 0 IF
400 +00
\ /

¢ / o
®. (-1 0). ®. (-1 1). ©. (~o0; -1). ®. (0; +0). ~
Loi giai

Chgn A

Trong khoang (—1; O) dao ham ' < 0 nén ham sb nghich bién trén khoang (—1; O) .

Ciu 12: (Céu 4 - Chuyén Vinh - Lan 1 - Nam 2017 - 2018) Cho ham s y = f(x) c6 d thi nhu hinh

ve dudi.

uA waTySuwenIyyuainy/:sdyy (

Ménh dé nao sau day dung vé ham so do6?

®. Pong bién trén khoang (0; 2) (®). Nghich bién trén khoang (-3; 0)

©. Pong bién trén khoang (—1; 0) ©. Nghich bién trén khoang (0; 3)
Loi giai

Chon C

Ciu 13: (Cau 11 - Chuyén Vinh - Lén 2 - Niim 2016 - 2017) Cho ham s6 y = f(x) c6 bang bién thién

nhu hinh v& bén. Ménh dé nao sau day 1a sai?

X |- 1 2 +a0

"

y + 0 - | 4

PrebrvyweeagpIvt avay vdimy my

o0

3 +o
y i /' \ 0 /

®. Ham s6 da cho ddng bién trén khoang (2; +).
(®. Ham s da cho dong bién trén khoang (3; +%).

©. Ham s6 da cho dong bién trén khoang (—o0; 1) .

T
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&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

Cau 14:

Cau 15:

Cau 16:

©. Ham s6 da cho nghich bién trén khoang (0; 3).
Loi giai
Chon D

Duya vao bang bién thién.
(Céu 7 - Chuyén Vinh - Lan 1 - Nim 2020 - 2021) Ham s§ y =sinx dong bién trén khoang

nao trong cac khoang sau?
3z 7w 37 V4
®. —Z;O . ®. | ;= |. ©.|=,=]. O. (—;ﬂ'].
2 5 44 2

Chon A
Ham s6 y =sinx dong bién trén (—% + 2k7z;%+ 2k7zj véi k e Z.

Cho k=0= y=sinx dong bién trén (—%,%)

Do d6 ham s§ y =sinx ciing ddng bién trén (—%;Oj.

(Cau 22 - Chuyén Vinh - Lin 3 - Niim 2018 - 2019) Cho ham s6 y = f(x) c6 dé thj nhu

hinh bén. Ham s§ y=—-2f(x) dong bién trén khoang

®. (1;2). ®. (23). ©. (-1,0). @. (-L1).
Loi giai
Chon A
y:—2f(x) suy ra y'=—2f'(X).
Ham s6 y=-2f/(x) ddng bién khi ' >0<-2/"(x)>0< f'(x)<0.
Vay y=—2f(x) dong bién trén khoang (1;2).
(Chuyén Vinh - Lin 1 - Niam 2018 - 2019) Cho ham s6 y=f(x) c6 dao ham

f(x)=x (x2 —1) , VxeR.Hamsd y=2f(-x) dong bién trén khoang

AN N —=
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Cau 17:

Cau 18:

®. (2;+0). ®. (~o;-1). ©. (-11). ©. (0;2).
Loi giai
Chgn C

Xéthamsd y=g(x)=21(-x)

Taco g'(x) =2/ (—x)=-2(~x)" | (~x) ~1]=-2¢(+* -1).

v

Két lugn ham s6 g(x) dong bién trén khoang (-1;1).

(C4u 15 - Chuyén Vinh - Lan 3 - Niim 2017 - 2018) Cho ham s y = f(x) c6 dao ham
f’(x) = x(x = 2)3 , véimoi x € R. Ham s da cho nghich bién trén khoang nao dudi day?
®. (1 3). ®. (-1 0). ©. (0;1). ©. (-2 0).

Loi giai
Chon C

Ta co: f’(x)=0<:{
DPong thoi f'(x)<0exe (0;2) nén ta chon dap 4n theo dé bai 1a (0;1).

(Cau 25 - Chuyén Vinh - Lan 1 - Nim 2017 - 2018) Cho ham sé6 ¥ =/®) ¢6 dao
' 2 e _ \ 7
S ()=x"=2x,VxeR gay g y=-2/(x) dong bién trén khoang?

®. (0; 2) ®. (2; + ) ©. (—o0; —2) ®. (-2; 0)

Loi giai
Chgn A

Tacod y'=-2f"(x)=-2x"+4x, y'=0©—2x2+4x=0<:>[x

Bang bién thién:

uA waTySuwenIyyuainy/:sdyy '||
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Cau 19:

Cau 20:
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Vay ham s y =—2f(x) dong bién trén khoang (0;2).
(Céu 3 - Chuyén Vinh - Lin 4 - Niam 2016 - 2017) Ham s ndo sau diy dong bién trén
(—o0;+0)?
®. y=x"+x"+2 ®. y=x"+x-2 ©. y=x*+x+1 ©. y=x"-x+1
Loi giai

Chon B
¥y =3x>+1>0,Vx R nén ham sé y=x’+x—2 dong bién trén (—oo;+oo).

(Cau 13 - Chuyén Vinh - Lan 3 - Niam 2016 - 2017) Cho ham sé y=x*—-2x>-3. Khing

dinh nao sau day dung?

(®. Ham s6 nghich bién trén (0; + ). (B. Ham sb ddng bién trén (—oo; 0).
©. Ham s6 nghich bién trén (-1; 1). ©. Ham s dong bién trén (~1; 0).
Loi giai
Chon D
A 4 : ' 3 ’ X= 0
Tap xac dinh: D=R. y'=4x" —-4x. )'=0<
x=%
Bang bién thién:
—0 -1 0 1 +0
V' - 0 + 0 -0 +
+o0 -3 +o0
—4 —4

Vay ham s6 dong bién trén (-1;0)va (I;+o0).

(Céau 14 - Chuyén Vinh - Lan 3 - Nam 2016 - 2017) Tim m dé ham s6 y =x’ +2x* —mx +1

dong bién trén R .

@.m<—i. .ms—i. ©.m2——. @.m>—i.
3 3 3 3

Chon B
Tacé: y' =3x" +4x—m.

Ham sb dong biéntrén R < y'>0, Vxe R

ECN
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2021

<:>A'y,s0<:>4+3mS0<:>ms—§.

Ciu 22: (Ciu 4 - Chuyén Vinh - Lan 1 - Niim 2016 - 2017) Cho hdm s6 y =x*(3—x). Ménh d¢ nao

sau day la dung?

®. Ham s6 da cho ddng bién trén khoang (—o0;0).
(®. Ham s6 da cho dong bién trén khoang (2;+).
©. Ham s6 d cho dong bién trén khoang (0;2) .

©. Ham s6 da cho ddng bién trén khoang (—o0;3).

Loi gidi
Chgn C
Tacd y=—x +3x>. y' =-3x>+6x;
x=0 .
y=0c { . Bang bién thién:
X =
X |—o0 0 2 +00
V' -0 + 0 -
y foo N 4

Vay ham s6 di cho dong bién trén (0;2) .

Céu 23: (Céu 15 - Chuyén Vinh - Lan 1 - Nam 2016 - 2017) Cac gi4 tri cia tham s6 m dé ham sb

y =mx’ =3mx> —3x+2 nghich bién trén R va do thi ciia n6 khong co tiép tuyén song song

v01 truc hoanh la

®. -1<m<0. ®. -1<m<0. ©. -1<m<0. ®. -1<m<0.
Loi giai
Chon D
Phin tich: Vi day 4 ham bac ba nén c6 hai tinh chat sau:
Céu 24: Ham sb nghich bién trén R < ' <0, VxeR va ' =0 chi tai mot sé hiru han diém.
Céu 25: DO thi ham s6 khong cé tiép tuyén song song véi truc hoanh < 3" =0 vo nghiém.
Két hop 2 tinh chat ta dugc y' <0, VxeR.
Loi giai
TXD: D=R. y' =3mx’ —6mx—3.
Néu m =0 thi ) =-3<0, VxR (thoa min).

.

uA waTySuwenIyyuainy/:sdyy (
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Néu m =0 thiycbt < )’ <0VxeR

m<0 m<0
S, &
A <0 9m’® +9m < 0
&S -1<m<0
Céu 26: Kéthop 2 truong hop ta dugc: —1<m <0.

(Cau 34 - Chuyén Vinh - Lan 1 - Niam 2020 - 2021) C6 bao nhiéu s6 nguyénm dé ham s
f(x)=3x+myx*+1 dongbién trén R ?

®. 5. ®. 1. ©. 7. O. 2.
Loi giai
Chon C
mx m

Tacod f(x)=3x+mVx’+1= f'(x)=3+ = = f(x)=—.
Vx©+1 (m)

Taco: lim f'(x)=m+3, lim f'(x)=-m+3.

X—>+0

Truwong hgp 1:m >0, khi d6 f"(x)>0,vxeR = f'(x) dong bién trén R.
Ham s f(x) ddng bién trén @f’(x)ZOVxeR@—m+3ZOC>mS3.

So diéu kién: 0 <m <3.
Truwong hop 2: m <0, khi d6 f"(x)<0,vxeR = f’(x) nghich bién trén R.

Ham s f(x) ddng bién trén @f’(x)ZOVxeR®m+3ZO<:>mZ—3.

So diéu kién: -3<m <0.

Truong hop 3: m =0, khi d6 f(x)=3x, hién nhién ham s6 dong bién trén R .
Két luan: ham s6 dong bién trén R < -3<x<3.

Céu 27: (Ciu 45 - Chuyén Vinh - Lan 1 - Nim 2020 - 2021) Gia st f(x) 1a mot da thirc bac bén. DS
thi ham s6 y = f '(1 —x) dugce cho nhu hinh bén.

Y

OA 2\_/3 :
Hoi ham s6 g(x)=f (x2 —3) nghich bién trén khoang nao trong cac khoang sau?
®. (1;2). ®. (-2;-1). ©. (0:1). ®©. (-10).
Loi gidi

Chon D
Dua vao dd thi ta co:

=

A
{ ) N ‘%/,;77
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Cau 28:

Ham s g(x) =f (—x — xz) nghich bién trén khoang nao dudi day?

/(1-x)=ax(x-2)(x=3) . (a>0)
=—a[(1-x)-1][(1-x)+1][(1-x)+2]
= f'(x)=—a(x-1)(x+1)(x+2)
Taco: g'(x)=2x.f"(x* =3)=-2ax(x¥* —4)(x’ -2)(x*~1) , (a>0)
x| = -2 2 -1 0 1 2 2 o0

)

gx| + 0 - 0 4+ 0 -0 + 0 - 0 4+ 0 -
Vay  ham 5O g(x)=rf (x2 —3) nghich bién trén cac khoang

(242). (-1:0). (142). (2:4).

(Cau 74 - PTD Chuyén Vinh - Lin 2 - Niim 2019 - 2020) Cho him s6 bac ba y = f(x), ham
s6 y = f'(x) c6 o thi nhu hinh v&.

Y

uA waTySuwenIyyuainy/:sdyy (

O 1

®. (-2;-1). ®. (1;2). ©. (-1;0). ®. (——;0)
Loi giai

Chon B

Tap xac dinh D=R.

Taco g'(x) z(—x—x2)l .f’(—x—xz)=—(1+2x).f’(—x—x2).

PrebrvyweeagpIvt avay vdimy my

x:_oas x=-0,5

1+2x=0 , i
Khi d6 ¢g'(x)=0< S|—x—x" =0 |x=0
-x-x" =1 x=-1

Bang bién thién ctia y = g(x) :

TN
%/7 - D
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q'(x) + 0 -0 + 0

SN

Duya vao bang trén ta thiy ham s6 y = g(x) nghich bién trén cac khoang (—l;—%j va (O; +oo) .

Ciu 29: (Ciu 75 - PTD Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho ham s6 y = f(x) c6 bang xét

dau dao ham nhu sau:

x |—::: -1
' 0 - 0 +

}" -

) https://luyenthitracnghiem.vn

Hamsd y=g(x)=f (x2 —2) nghich bién trén khoang nao dudi day?

®. (-2-1). ®. (2;+). ©. (6;2). ©. (-1;0).
Loi gisi
Chon C

Ta c6: g'(x) z(x2 —2)' .f’(x2 —2) =2x.f’(x2 —2).
Tir bang x¢ét ddu dao ham ta thdy phuong trinh f’(x)=0 c6 s6 nghiém hitu han nén phuong

trinh g'(x)=0 cling c6 s6 nghiém hitu han. Do d6, ta can tim x sao cho g'(x)<0.

f(x*=2)<0 2 2<2 [0<x<2
Taco g'(x)<0< xf'(x* -2)<0< ( ) P P R
{xso {xSO x<=2

f(x*=2)20 xP=2>2

Do d6 ham s6 nghich bién trén mdi tap: [0;2], (—oo;—2].

Tur cac dap an cua dé bai ta chon ham sd nghich bién trén (0;2).

o hutps v facchoohcomsicigeld

(Ciu 40 - Chuyén Vinh - Lan 2 - Nam 2019 - 2020) C6 bao nhiéu sé nguyén duong m sao

Cau 30:
cho ham s6 y=x’ +x° +(1—m)x+2 dong bién trén (l;+oo)?
®. 5. ®.7. ©. Vo s6. ®©. 6.
Loi gidi
Chon D

Taco D=R, y' =3x"+2x+1-m.

a0
o~ 13 < kY
{ ) \\%/,;77
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Cau 31:

Dé ham sb dong bién trén (l;+ oo) thi ' >0,Vxe (1;+oo) ;

& 3% +2x+1-m>0,Vx e (1;400) < m <3x% +2x +1,Vx € (1;4+00) ;

Xét ham s6 g(x)=3x2+2x+1,g'(x)=6x+2=0<:>x=—%¢(l;+oo),

X 1 +o0
g'(x) +
g(x) +o0

Do d6 m<6—""“—me{1;2;3;4;5;6}, chon D.

(Céu 39 - Chuyén Vinh - Lan 1 - Niam 2019 - 2020) Cho ham s6 y = f(x) lién tuc trén R va

c6 d thi nhu hinh bén dudi. Tim m dé bat phuong trinh f(x) > X—JF; +m nghiém dung voi
X+

moi xe[O;l].

2

®. m< f(1)-=. ®. m<f(1)-=. ©.m=zf(0)-=.

3
Loi giai
Chon B

x+1 x+1
Ta cé >— < — .
aco f(x) x+2+m<:>m f(x) 0

x+1 x+1
,taco m< f(x)—
2 f( ) x+2

Pit g(x)= £ (x)-

X+

1 .
(x+ 2)2

Taco g'(x)=f'(x)-

Tir d6 thi ta c6 trén [0;1] ham sé f(x) nghich bién nén

1
(x+2)

f(x)<0=>g'(x)=f"(x)- <0, Vxe[0;1].

2

Suy ra ham s6 g (x) nghich bién trén [0;1].

Bang bién thién

®. m>f(0)—%.

,Vxe[0;1] < m< g(x),vxe[0;1].

& TN

T

)

uA waTySuwenIyyuainy/:sdyy (

PrebrvyweeagpIvt avay vdimy my

3
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im"ll
iy

I

o hutps v facchoohcomsicigeld

T 0 1
g'(z) -

g(z)| g(0)

Tir bang bién thién tacé m< g(x),Vxe[0;l]] o m<g(l)om< f(1)-=.

Vay me(l)—%.

Ciu 32: (Céu 44 - Chuyén Vinh - Lan 1 - Niam 2019 - 2020) C6 bao nhiéu s6 nguyén m dé ham sb

y=x- 2(m2 —3m)x2 +3 dong bién trén khoang (2;+00)?

®. 4. ®. 6. ©. 2. @. 5.
Loi giai

Chon B

Tacod y =4x° —4(m2 —3m)x

Ham s6 ddng bién trén
(2;40) < y' >0 Vxe(2;+0) < 4x° —4(m2 —3m)x >0 Vxe(2;+0) & m’ -3m<x*

Vxe(2;+oo)<:>m2—3ms4 & -1<m<4.

Vay c6 6 gia tri nguyén ctia m thoa yéu cau bai toan.

Ciu 33: (Ciu 34 - Chuyén Vinh - Lin 3 - Nim 2018 - 2019) Cho ham sé f(x) c6 bang xét déu dao

ham nhu hinh bén. Him s6 y=f (1—2x) ddng bién trén khoang

. ‘—00 ~3 —2 0 1 3 40
f’m‘ -0 + 0 - 0-0 4+ 0 -
3 1 1 3
05 =35t 2 =3
® (03] o(-51) o3 o
Loi gidi

Chon A

Ta co y=f(1—2x) :>y’=—f'(1—2x).

Ham sb dong bién < ' >0 <:>f'(1—2x)£0.

‘/J 7/1 5\\
Ry

N ~—=
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>
1-2x<-3 x=22
| 2<L1-2x<1l & Ost%.
1-2x>3 e

Vay chon dap an = (A,

)

Ciu 34: (Ciu 41 - Chuyén Vinh - Lin 3 - Nim 2018 - 2019) Cho f'(x) ma dd thj ham s y = f"(x)

nhu hinh bén. Him s6 y = f (x—l) +x” —2x ddng bién trén khodng

®. (2). ®. (-L0). ©. (01). ©. (2-1).

uA waTySuwenIyyuainy/:sdyy (

Loi gii
Chon A

Taco y=f(x—1)+x"—2x

Khi d6 y'=f"(x—1)+2x—2. Ham s6 dong bién khi >0 < f"(x—1)+2(x—1)>0(1)
Pat £ = x—1 thi (1) tro thanh: f'(¢)+220& (1) 221

Quan sat dd thi ham s6 y = f"(¢) va y =—2¢ trén cing mot hé truc toa do nhu hinh v&.

PrebrvyweeagpIvt avay vdimy my

Khi d6 ta théy voi £ €(0;1) thi dd thi ham s6 y = f"() luén nim trén duong thang y = -2r.

Suyra f'(¢)+2t>0,V€(0;1). Do d6 Vxe(1;2) thi ham sé y=f(x—1)+x*—2x ddng

bién.

TN
%/7 C )

T
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Cau 35: (Ciu 48 - Chuyén Vinh - Lan 3 - Nam 2018 - 2019) Cho f(x) ma d0 thi ham s y = f(x)

nhu hinh v& bén. Bt phuong trinh

. X
Jx) >sm? +m nghiém ding véi moi x € [—1;3] khi va chi khi

®. m < £(0). ®. m< f)-1. ©. m< f(~1)+1. ©. m< £(2).
Loi giai

Chon B

Céch1:

Xét g (x)= f(x)—sm%:g(x) f(x)—_cos%

) https://luyenthitracnghiem.vn

= e Véi xe[—l;l) %e{—% %j:cos%>0 (1)

Dong thoi dua vao db thi f'(x) ta thdy f'(x)<0,Vxe[-L1) (2)

Tir (1), 2) tasuy ra g'(x)<0,Vxe[-L1).
- véi x€(1;3] Ee(z 3—7Z}:>cos—<0 3)
2 \272 2
Dong thoi dwa vao do thi ta thdy f'(x)>0,vxe(1;3] (4)

Tir (3), (4) tasuy ra g'(x)>0, Vxe(L3].

£1(1)=0
Tai x=1: Vs 0:>g'(1) =0 Ta c6 bang bién thién ctia g(x) nhu sau:
COoS— =
2
x |=1 1 3
g (‘f) - 0 +

o hutps v facchoohcomsicigeld

= m<r[{1li%g(x):> m<g(1):f(l)—l-

/J/ﬁ’\ Y oe———=
\—”\//\/ %
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Cach 2

. . X ,
Xét bat phuong trinh f(x) >s1n7+m (1) véi x e [—1;3] , ta co:

£(x) >sin§+m@f<x>—sin% >m (2)

)

Xét f(x)— sm% voi x e[ I 3]

+ Tr d0 thi cia ham s6 y = f'(x) d4 cho ta suy ra BBT cia £ (x) nhur sau:

T |—1 1 3
f'(=) - 0 +
f(<1) F(3)
f(zx)

Tir BBT ta suy ra: f(x)2 f(1),Vxe[-L3] ()

uA waTySuwenIyyuainy/:sdyy (

+ Do xe[ 1; 3]nen —1<)c<3c:>—§<%<377r

Suy ra: —1Ssin%£1<:>—l£—sin%sl (**)
. TX ‘
+ Tu (*) va (**) cho ta: f(x)—sm; 2f(1)—1,Vxe[—1;3]_ Déu "="xay rakhi x =1

, . X , —
Do d6: Bat phuong trinh f(x) > Sln7 +m nghiém ding v&i moi x € [—1; 3}
Sm< f(1)-1.

Cau 36: (Chu 36 - Chuyén Vinh - Lan 2 - Niim 2018 - 2019) Cho ham s6 y = f(x) lién tuc trén R c6
f(O) =0 va dod thi ham s6 y = f'(x) nhu hinh vé& bén.

PrebrvyweeagpIvt avay vdimy my

Him s y = ‘3f(x) - x3‘ ddng bién trén khoang

TN
%/7 - D

PP
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| l‘ll‘
1

®. (2;+). ®. (—;2). ©. (0;2). ©. (1,3).
Loi gidi

Chon C

Xétham s6 y=3f(x)—x* Tacoy =3f'(x)-3x>.

Cho =0« f'(x)-x* =0« f'(x)=x"

Ta v& thém dd thi ham s y= x* trén cung hé tryc toa do voi dd thi y=f ’(x) .

Ay D)
aJ 2 — e
!'y' T L
\ !
\ /
\ A !
\ 3 7N
\ 7\
\ J
\ [N EEA!
\ f703
\ 17\ ,
\ [V AN W 1T
\ i/ VY= ]T)
3 7o\
LAy
N7/
N
NV ,
Al 1 9
(U < i £
i
i
Tur hinh v€ ta c6 bang bién thién sau:
x — 0 1 2 o0
r
¥ - 0 + 0 + 0 -
3f(2)-8

Ta co f(O) =0 nén tir bang bién thién ta thdy ham s6 y = ‘3f(x)—x3‘ c6 dd thi duoc xay
dung tir d6 thi ham s6 iy =3 f(x)—x° béng céch bé phan phia dusi truc hoanh va liy déi ximg
phan bi bo qua truc hoanh. Do d6 ham sb y= ‘Bf(x) - x3‘ dong bién trén (0;2) .

(Céu 36 - Chuyén Vinh - Lan 1 - Niim 2018 - 2019) Cho f'(x) ma ham s6 y=f"(x) c6

Cau 37
bang bién thién nhu hinh v& bén. Tét ca cac gia tri cia tham s m dé bat phuong trinh
1
m+x’ < f()c)+§x3 nghiém dung voi moi xe(0;3)
x| —1 1 3
la 1 2
,/ ;\ _3‘_‘1
<19 kY
SN
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Cau 38:

®. m< f(0) ®. m< £(0) ©. m< f(3) ®. m<f(1)_§
Loi gidi

Chon B

Ta co: m+ x> <f(x)+%x3 ©m<f(x)+§x3—x2.

Xét ham s6 g(x)zf()c)+%x3 —x* trén [0;3],c6 g'(x)=f"(x)+x" —2x.
g'(x)20<:>f'(x)22x—x2 Vxe[0;3].

Theo bang bién thién f'(x) >1, Vx 6[0;3] ,ma 2x—x* <L,VxeR

= f'(x) >2x—x*,Vxe [0; 3] nén ta c6 bang bién thién cua g(x) trén [0; 3] :

xz |0 3

Q(I) / f(?’)

(0)

Tir bang bién thién ta c6 m< g(x),vx€(0;3) < m< f(0)

v

uA waTySuwenIyyuainy/:sdyy (

(C4u 36 - Chuyén Vinh - Lan 3 - Niim 2017 - 2018) Cho ham s y = f(x) c6 d0 thj cia him

sé y= f'(x) dugc cho nhu hinh bén. Ham s6 y =-2f(2—-x)+x" nghich bién trén khodng

Y
3

1

—1/0 2/45 7

=)

®. (-3, -2). ®. (-2 -1). ©. (-1; 0). ©. (0; 2).

Loi giai

Chon C

@i
[E]

-1 /"D 3/5 Ha' 4| F

\\_,ﬂ'

Taco y=-2f(2-x)+x :>y':—(2—x)'2f'(2—x)+2x

PrebrvyweeagpIvt avay vdimy my

B0\

T

N
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i"l‘"‘
iy

o hutps v facchoohcomsicigeld

V' =2f"(2-x)+2x =)' <0 f'(2-x)+x<0 = f'(2-x)<(2-x)-2.

Dua vao do thi ta thdy duong thang y = x—2 cit dd thi y = f'(x) tai hai diém c6 hoanh do

A A < A B 1 < xl < 2 N~ <\ A . A ’ A <A A
nguyén lién tiép la va cling tir do thi ta thay f (x) <x—2 trén mién 2 < x <3 nén

X, =
f'(2—x)<(2—x)—2 trén mién 2<2-x<3 < -1<x<0.
Vay ham s6 nghich bién trén khoang (-1; 0).
(Cau 34 - Chuyén Vinh - Lan 1 - Nam 2017 - 2018) C6 bao nhiéu gia tri nguyén cia
m e (—10;10) dé ham s y =m’x" —2(4m—1)x2 +1 dong bién trén khoang (1; + ) ?
®. 15 ®. 6 ©. 7 ©. 16
Loi giai
Chon D
Ta xét 2 truong hop:

TH1: m* =0,khido y=2x"+1= p'=4x>0, Vx €(1;+). (Nhén)
TH 2: m* #0,dat r=x°, khi d6 y=m’t* =2(4m—1)1+1, (Vi>1)
Ta co y'=2m2t—2(4m—l)

\ 4m—1
y'=0st=—7—>1
m

Lap bang bién thién ta co 4’"2_1 <lom’—4m+1>0
m

m>2+\/§
=
m<2—\/§

Vay m={-9;-8-7;,—6;,—5—4;,-3;-2;-1;0;4;5,6,7;8,9}

Cau 40: (Cau 36 - Chuyén Vinh - Lan 1 - Niam 2017 - 2018) Cho ham s y = f(x) c6 dao ham lién

tuc trén R. Bang bién thién cua ham s6 y= f'(x) dugc cho nhu hinh v& bén. Ham s

y=f (1 —%j +x nghich bién trén khoang

®. (2;4) ®. (0;2) ©. (-2;0) O®. (-4;-2)

- 21\

\//\/

%7
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2021

Loi giai

Chon D

X 1 X
Xétham y=f|1-= |+x,taco: y'=—f'| 1-= |+1
y f( Zj x y 2f( 2)

2<1-2<3 (1)
. L X [ X 2 .
Xét BPT y'=——f (1——j+1<0<:>f (1——j>2<:> voi
2 2 2 X
—1<1—§<a (2)
f'(a)=2,ae(-10).
Xét (1): (1)=—4<x<-2.

Xét (2): (2)@2—2a<x<4

Ta thiy cac dap an B, C khong thoa man va voi a<0=>2—2a>2 nén Dap an A khong thoa

man, vay dap an D thoa man.

Céu 41: (Céu 32 - Chuyén Vinh - Lan 2 - Nim 2016 - 2017) Tim tit ca cac gia tri caa tham s6 m dé

ham s y = (m2 —l)x4 —2mx” dong bién trén (1;+)

®. m<—1 hoic m>1 ®. m<—1 hoic m>

1+\/§
2

®. m<-1

©. m=—-1 hoic m >

1+\/§
2

Loi gidi
Chon B
y' = 4(m2 —l)x3 —4dmx = 4)c[(m2 —l)x2 —m]
Dé ham s6 y = (m2 —l)x4 —2mx’ dong bién trén (1;+%0) < 3> 0,Vx e (1;+)
o (m2 —l)x2 —m>0,Vx e (1;+0),(*)
*Néu m*-1=0<m=1 hodc m=-1
*Vo6i m =1 khi d6 (*) < —1>0 ( mau thuan)
*Véi m =1 khi d6 (*) < 1> 0( ding) nhan m = -1

“Néu m*>-1>0< m<—-1 hodc m>1.

m

Khi do (*)<:>(m2 —l)x2 2m,Vxe(1;+oo)<:>x2 ZL,Vxe(l;+oo)<:>12

2
msl_\/g

m* -1 m’ -1
om -m-120& 2 o 1445
1++/5 mz 2\/_

m<-—1

m2=
2

Néum?> -1<0= -1<m<1

)

uA waTySuwenIyyuainy/:sdyy (

PrebrvyweeagpIvt avay vdimy my

4/22\

T
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Khi d6 (*)<::>(m2 —l)x2 2m,Vxe(l;+oo)<::>x2 < 2m 1,Vxe(l;+oo)

m —
m21+\/§
2

(Khong xay ra do Vx e (1;+90))Vay gid tri can tim m < -1 hodc

Céu 42: (CAu 43 - Chuyén Vinh - Lan 2 - Niim 2020 - 2021) Cho ham s6 y = f(x) la ham da thic bac

bon. P thi ham y = f’(x—1) dugc cho trong hinh v& bén.

) https://luyenthitracnghiem.vn

Ham s6 g(x)=f(2x)+ 2x% +2x ddng bién trén khoang nao sau day?

®. (-2-1). ®. (1,2). ©. (0:1). ®. (~10).
Loi giai
Chon D

Taco g'(x)=2/"(2x)+4x+2.
Xét g'(x)20e2f"(2x)2-4x-2< f'(2x) 2 2x-1.

bat 2x=t-1tacd f'(1-1)>—(1-1)-1< f'(1-1)=—1.

V& duong thang y =—¢ trén cing hé truc toa do véi do thi ham y = f'(r-1).
vh

o hutps v facchoohcomsicigeld

-3
1<-2 Xs—
Taco f'(t-1)=2—1 < N
-1<t<L2 1
—ISXSE

Céu 43: (CAu 82 - PTP Chuyén Vinh - Lén 2 - Niim 2019 - 2020) Cho ham sé y = f(x) lién tuc trén

R co f(0)=%. D6 thi ham s6 y = f’(x) nhu hinh v&

B R=
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v

Ham s6 y = |2f(x+ 2) +(x+1)(x+3)| nghich bién trén khoang

uA waTySuwenIyyuainy/:sdyy '||

®. (-3;-2). ®. (0;2). ©. (—0;-3). ©. (-2;-1).
Loi giai

Chon A

bat g(x)=21(x+2)+(x+1)(x+3).

Taco g'(x)=2[ f'(x+2)+(x+2)], g'(x)=0= f'(x+2)=—(x+2)

bat 1 =x+2 taduge f'(1)=—(1).

Nghiém cta phuong trinh (1) 1a hoanh d¢ giao diém cua d6 thi y=f '(t) va duong thang d :
y =—t (‘hinh v&)

PrebrvyweeagpIvt avay vdimy my

& N
~ ‘KD/\? M ,/)



&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

yA
N
1 2 T
& 1 T >
> N :
g - !
v I
e T T B T, I
b 2
=
o
<
=
E
)
=
)
>
=
Q
»
_%‘ Dya vao d6 thi cua y = f'(¢) va duong thing y =—¢
=
N t=-1 x=-3
1=0 x=-2
Taco: f'(t)=— h
aco f(t) t < o1 ay -
t=2 x=0
Do f(O):% nén g(~2)=27(0)+(-2+1)(-2+3)=0
% Bang bién thién ctia ham s6 y=|g(x)|
g X —m 0 | 2 X +
%; g'(x) -0 0 e -
: g'x] o ...--"""_H_-'_'H .
\% ‘—"“N,,__\H“U rﬂr._._'_'_._,__,_.-—-""'"' \HD
\ \\‘L —mn
i e N

Tir bang bién thién suy ra ham sb di cho nghich bién trén mdi khoang (—oo ; xo) Vé(—3;— 2)

Ciu 44: (Ciu 47 - Chuyén Vinh - Lan 2 - Niam 2019 - 2020) Goi S 1a tip hop tit ca cac gia tri

nguyén cua m sao cho ham so

y= ‘—x4 +mx’ +2m*x” +m—1| déng bién trén (1;+00) Tong tit cd cac phén tir cta S 1a

5NN —=
‘\J\f/\,/) \\%/
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®. -1. ®.0. ©. -2. ®. 2.
Loi giai
Chgn A
Goi yzf(x)=—x4+mx3+2m2x2+m—l.
ia
Nhéan xét lim f(x)=—c0. =

X—>+00
Do d6 ham s6 y= ‘—x“ +mx’ +2m’x” +m— 1‘ dong bién trén  (L+o)

{f’(x <0 Vxe(1;+oo) {—4x3+3mx2+4m2xS0 Vxe(1;+oo)
= <0 =

f(l) —1+m+2m*+m—-1<0

—4x* +3mx’ +4m’x <0 Vx e(L;+ ) —4x* +3mx+4m’ <0 Vxe(l;+x)(1)
& B &9 g B

12\/§<m< 1;\/5 12\/§<m< 1;\/5 (2)

Tu (2) =>me {—l; O} thay vao (l) déu thoa man vy c6 2 gia tri ctia m thoa man.

uA waTySuwenIyyuainy/:sdyy (

Cau 45: (Céu 42 - Chuyén Vinh - Lan 2 - Niim 2018 - 2019) Cho ham s6 y = f(x) c6 do thi nhu hinh

bén.

/—2 =] i3 1 3 x

C6 bao nhiéu s6 nguyén m dé bat phuong trinh (mx +m*\5—x* +2m+ 1) f (x) >0 nghiém dung véi
moi x € [—2;21 ?

®. 1. ®. 3. ©. 0. @. 2.

Loi giai

PrebrvyweeagpIvt avay vdimy my

Chgn A

it g(x) =mx+m°\N5—x>+2m+1.

Tir d6 thi cua y= f(x) ta thay f(x) d6i dau khi qua x =1 nén suy ra g(x) cling phai doi dau
khi qua x =1. Mat khac g(x) lién tuc nén g(x) =0 conghiém x=1.

Kiém tra: Véi m = -1

N

6\

T
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“Thanh céng la néi khéng véi ludi biéng”

) https://luyenthitracnghiem.vn

| l‘ll‘
o/

3?
i
;

Ta co g(x).f(x):(—er\/g—l)f(x) =(1—x)(2+1+ﬁ+1}f(x)

1+x

Nhin xét: —————
2+5-x7

3+x+v5-x

1= 2FXFNITY
2++/5—x7

Khi d6 quan sit do thi f (x) , ta thay:

>0, Vx[—z;zj.

+ TH1: véi xe[l;Z] thi f(x)SO nén (1—x).f(x)20.

+ TH2: voi x €[ -2;1] thi f(x)20 nén (1-x)f(x)>0.

Do d6 trong cé hai truong hop ta [uén cod g(x).f(x) >0, Vxe [—2; 2] .

Vay m =—1 1a gi4 tri cAn tim.

: (Cau 41 - Chuyén Vinh - Lan 1 - Nim 2018 - 2019) Cho ham s f(x) c6 d6 thi ham

y = f'(x) nhu hinh v&. Ham s6 y = f(cos x) + X2 —x ddng bién trén khoang

®. (L2)

Chgn A

®. (-1,0) ©. (0;1) ®@. (-1
.lly
y=7"x .
LN\
) 1 \
Loi giai

bat g(x)zf(cosx)+x2 —x. Tathdy g'(x)=—sinx.f'(cosx)+2x—1. Do -1 <cosx <1 nén

—1< f'(cosx)<1,suyra |—Sinx.f'(cosx)| <1, v6imoi x € R.

Vi g'(x) = —sinx.f'(cosx)+2x—1>—1+(2x—1)=2x—2 nén g'(x)>0,Vx > 1.

Suy ra g(x) = f(cosx)+ X2 —x dong bién trén khoang (1;2). Chon dap an A.

- 2?\

\//\/

%7
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BAI 2: CUC TRI CUA HAM SO

Ciu 48: (Ciu 11 - Chuyén Vinh - Lan 2 - Niim 2020 - 2021) Cho ham sé y = f(x)lién tuc trén R va
6 bang xét diu dao ham nhu hinh vé&

P
i Em
£ DR . - -
x -0 -1 0 1 2
+0
v + 0 - 0 + [l - 0 +

Ham so da cho c¢6 bao nhiéu diém cuc dai?

uA waTySuwenIyyuainy/:sdyy (

®. 1. ®. 3. ©. 4. ®@. 2.
Loi giai

Chon D
Dua vao bang xét dau cua y' ta c6 bang bién thién ciia ham s6 nhu sau

x - -1 ] 1 2

+oo
v + 0 - 0 + [ - 0 +
By v - v .

Do ham s6 y = f(x) lién tuc trén R nén ham s da cho c6 2 diém cyc dai.

Ciu 49: (Ciu 11 - Chuyén Vinh - Lan 1 - Niim 2020 - 2021) Cho ham s6 y = f(x) lién tuc trén R va

6 bang xét diu dao ham nhu hinh vé&

x| 2 0 1 2 6
’ f’(m)] 0 -0 4+ 0 - I+ o -
Ham so da cho ¢6 bao nhiéu di€ém cuec tri
®. 3. ®. 4. ©. 2. ®.5.
Loi giai

Chon D
Do ham sé y = f (x) lién tyc trén R va tir bang xét ddu dao ham nhu trén nén ham sb da cho

co6 5 diém cuec tri.

Ciu 50: (Céu 5 - PTP Chuyén Vinh - Lan 2 - Nam 2019 - 2020 - THPT CHU VAN AN-HA NOI-
LAN 2-2017) Cho ham sé y = f (x) lién tuc trén doan [—2;3] , O bang bién thién nhu hinh v&

PrebrvyweeanIvt aveay, vdimy my

bén.
x | =2 -1 1 3
V' + 0 - | +
1 5
-2

98\
%/7 C )
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&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

Khing dinh nao sau ddy la khing dinh dung?

) https://luyenthitracnghiem.vn

im‘"‘
iy

®. Gia trj cuc tiéu cua ham sd 1a 0. (). Ham sb dat cuc dai tai diém x=1.

©. Ham sb dat cuc tiéu tai diém x=1. ©. Gia tri cuc dai ciaham s6 14 5.
Loi giai

Chon C

Dua vao bang bién thién ta thiy ham s6 y = f (x) dat cuc tiéu tai diém x=1.

Cau 51: (Ciu 6 - PTD Chuyén Vinh - Lin 2 - Niim 2019 - 2020) Cho ham s6 y = f(x) c6 bang bién

thién nhu hinh v& bén. Khing dinh nao sau day dung?

x | —o 0 2 +ao
V' - + 0 -
+o0 3
l:L' \ / \
-1 -1 —
®. Ham s6 ¢6 hai diém cuc tri. ®. Ham sb nghich bién trén mdi khoang xac
dinh.
©. Ham s6 ¢6 mot diém cuc tri. ©. Gia trj 16n nhét cua ham sd 1a 3.
Loi giai
Chon C

A sai vi ham sb chi dat cuc tri tai x=2.
B sai vi trén (0;2) ham sé dong bién.
C dung vi ham s6 chi dat cuc trj tai x=2.

D sai vi lim y =400 nén ham s6 khong c6 gi tri 1on nhat.

X—>—00

(Céu 7 - Chuyén Vinh - Lan 1 - Niam 2019 - 2020) Cho ham sb y = f(x) lién tyc trén [-3;3]

va c¢6 bang xét dau dao ham nhu hinh vé:

Ham s dé cho c6 bao nhiéu diém cuc tri thudc khoang (-3;3)?

®. 2. ®. 4. ©. 1. @. 3.
Loi giai
Chon D
NN s
/’J 29 - S /ﬁ
SN =



gz Quang Thuan — Ba bon — QB

TOAN CANH CHUYEN VINH 2016 - 2021

Trén khoang (-3;3) ta thdy dao ham f”(x) doi ddu khi qua céc diem x=—1, x=1, x=2 va

dao ham f’(x) khong d6i ddu khi qua diém x=0.

Suy ra: Him s6 y = f(x) ¢6 3 diém cuc tri thudc khoang (-3;3).

Cau 53: (Céu 3 - Chuyén Vinh - Lén 2 - Nam 2018 - 2019) Cho ham s6 y = f(x) c6 tap xac dinh

(—o0;2] va bang bién thién nhu hinh v& bén.

T X 1 0

£ TN

—oC

Ménh dé nao sau day sai vé ham sb da cho
®. Gia tri cuc dai bang 2.
©. Gia tri cyc tiéu bang —1.
Loi giai

Chon B

Dua vao bang bién thién ta théiy ham s y=f (x) chi c6 mot diém cuc tiéu 1a x,=0

Ciu 54: (CAu 9 - Chuyén Vinh - Lan 1 - Nim 2018 - 2019) Cho ham s6 y=f(x) lién tuc trén

[—3;3] va c6 bang xét ddu dao ham nhu hinh bén.

(®. Ham s06 c¢6 hai diém cuc tiéu.

(. Ham sb c6 hai diém cuc dai.

[eud
Lid

M¢énh dé€ nao sau day sai vé ham s6 do?
®. Ham so dat cuc tiéu tai x =1

©. Ham sb dat cuc dai tai x=2
Loi gidi

Chon D

(). Ham sb dat cuc dai tai x=-1

. Ham s6 dat cuc tiéu tai x=0

Duya vao bang xét dau cua dao ham da cho ta cé bang bién thién ctia ham so

.

uA waTySuwenIyyuainy/:sdyy (

PrebrvyweeagpIvt avay vdimy my

B0\

3
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&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

X -3 -1

f'(x) + 0o - 0 - 0

fix) / \ / \

g . . . .
;. Tur bang bien thién ta thay ham so6 khong dat cuc ti€u tai x=0.

v ; f
2 Cau55: (Cau 10 - Chuyén Vinh - Lan 1 - Nam 2017 - 2018) Cho ham s6 y = f(x) xac dinh va lién
en

§ tuc trén [-2;3] va cé bang xét ddu dao ham nhu hinh bén duéi. Ménh dé nao sau ddy ding vé
= ham sb di cho?

<

)

& X | -2 0 1 3

>

v-—:d f ' ( x 0

S ¥) + - +

=

£ . o

= ®. Pat cuc tiéu tai x=-2 ®. Pat cuc dai tai x=1
iif ©. Pat cuc tiéu tai x=3 ©). Pat cuc dai tai x=0

Loi giai
Chon D
X —2 0 1 3
ZOIR ~0 -

Tur bang bién thién, ta c6 ham sb nhan x = 0 1am diém cuc dai.
Ciu 56: (Céu 4 - Chuyén Vinh - Lan 3 - Niam 2016 - 2017) Cho ham s y = f(x) c6 bang bién thién

nhu hinh v& bén. Khang dinh nao sau day dung?

o hutps v facchoohcomsicigeld

T | =00 0 2 +00
] _ n 0 _
+ 00
3
_1 _1 — 00

®. Ham s6 ¢6 hai diém cuc tri.
(®. Ham s6 nghich bién trén mdi khoang xac dinh.

©. Ham s6 c¢6 mot diém cuc tri.

\—”\,/»/\ -

N
o~ 31 kY
{ ) N ‘iﬁg//ﬁ
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TOAN CANH CHUYEN VINH 2016 - 2021

©. Gia tri 16n nhét ctia ham sd 1a 3.

Loi giai
Chon C

A sai vi ham sb chi dat cyc tri tai x = 2.
B sai vi trén (0; 2) ham s6 dong bién.

C dang vi ham s6 chi dat cuc tri tai x =2.

D sai vi lim y =+ nén ham s6 khong c6 gia tru 16n nhat.

X—>—0

Cau 57:

trén doan [—1; 3] va c6 do thi nhu hinh v& bén. Khing dinh nao sau day dung?

(Ciu 7 - Chuyén Vinh - Lan 3 - Niam 2016 - 2017) Cho ham s6 y = f(x) xéac dinh, lién tuc

.

uA waTySuwenIyyuainy/:sdyy (

®. Ham s6 c¢6 hai diém cuc dai la x=—-1, x=2.
(®. Ham s6 ¢6 hai diém cuc tiéula x=0, x = 3.

©. Ham s6 dat cuc tiéu tai x=0, cuc dai tai x=2.

©. Ham sb dat cuc tiéu tai x=0, cuc dai tai x=—1.

Loi giai

Chon C

Tur d6 thi ham s0 ta suy ra ham so dat cyuc ti€u tai x =

Cau 58:

bang bién thién nhu hinh v& bén. Ménh d& nao sau ddy la ding?

A
A&

(Céu 13 - Chuyén Vinh - Lén 1 - Niim 2016 - 2017) Ham s6 y = f(x) lién tuc trén R va co

0, cuc dai tai x =2.

PrebrvyweeagpIvt avay vdimy my

X —o0 1 2 +00
V' + 0 = | +
v v
3 +00
—0N

(. Ham s6 d3 cho co 2 diém cuc tri.

B2
%/7 C )

T
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“Thanh céng la néi khéng véi ludi biéng”
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o hutps v facchoohcomsicigeld

Cau 60:

(®. Ham s6 d3 cho khong co gia tri cuc dai.
©. Ham s6 d3 cho ¢6 dang mat diém cuc tri.

©. Ham s6 da cho khong c6 gia tri cyc tiéu.

Loi giai

Chon A

Cau 59: Dua vao bang bién thién ta théy ham s6 c6 2 diém cuc tri.

(Ciu 5 - Chuyén Vinh - Lan 2 - Niim 2020 - 2021) Cho ham sé y = f(x) lién tuc trén R va

¢6 db thi nhu hinh vé& sau. Trén [—2;2] ham sb da cho c6 bao nhiéu diém cuc tri ?

yA

~3 0 \2 .

®. 4. ®. 3. ©. 2. @. 1.

Loi giai

Chgn C
(Céu 32 - Chuyén Vinh - Lan 1 - Nam 2020 - 2021) Ham s§ £ (x)=x*(x~1)" c6 bao nhiéu

diém cuec tri?

®. 3. ®. o. ©.s. ®. 2.
Loi gidi
Chgn A
Taco: f'(x)=4x"(x=1) +2x* (x~1)=2x" (x~1)(3x-2).
x=0
Giai: f'(x)=0< 2x"(x=1)(3x-2)=0< | x=1. Nhan thdy f'(x) doi du qua3
2
x==
3

nghiémtrén. Do d6 ham s6 da cho c6 3 diém cuc tri.

Ciu 61: (Céu 16 - Chuyén Vinh - Lan 2 - Nam 2019 - 2020) Cho ham s y =f(x) lién tuc trén R va

c6 bang xét dau dao ham nhu hinh v€ bén dudi. Ham s6 da cho ¢6 bao nhiéu diém cuc dai?

@ |—oc O 1 2 o +oo
T4 | — O -+ — 9] —+ 0O —+
®. 3. ®. 2. ©. o. ©. 1.
N —=
o N



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021
Loi giai

Chon D
y' d6i dau tir dwong sang 4m khi qua x =1 = x =1 1a diém cuyc dai ctia ham s6

Ham s6 ¢6 1 diém cuc dai.

Céu 62: (Cau 27 - Chuyén Vinh - Lén 1 - Nim 2019 - 2020) Cho ham s y = f(x) c6 dao ham trén

v

R 1a f'(x)= (x2 —3x)(x2 —4x) . Piém cuc dai cua ham sb da cho la:

®. x=0. ®. x=3. ©. x=2. ®. x=-2.
Loi giai

Chon C

x= 3(nghiémd(m)

X2 -3x=0 x= O(nghiém kép)

5 i :0 2_3 3_4 =0
Taco f(x) <:>(x x)(x x) < Y —4x=0 < x:2<nghiémd0’n)

x= —2(nghiém ddn)

uA waTySuwenIyyuainy/:sdyy (

Tir d6 ta c6 bang bién thién nhu sau:

- 0 + 0 + 0 - 0 +

Duya vao bang xét déu, ta théy ham sb dat cyuc dai tai x = 2.

Ciu 63: (Ciu9 - Chuyén Vinh - Lén 3 - Nim 2018 - 2019) Cho ham s6 y = f(x) c6 db thi nhu hinh

bén. Trén doan [—3;3] ham s da cho c6 méy diém cuc tri?

Ty

== —-|w
%

PrebrvyweeagpIvt avay vdimy my

Loi giai

Chon D

T

AN
%/7 C )
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o hutps v facchoohcomsicigeld

Ciu 64: (Ciu 26 - Chuyén Vinh - Lan 3 - Niim 2018 - 2019) Cho ham s f'(X) 6 dao him

£'(x)=(x* +x)(x-2)" (2"~ 4) voimoi xeR. S diém cyc tri cia f(x) Ia

Loi giai
Chgn C
x=-1
Tacd f'(x)=0 o (x* +x)(x-2)" (2" -4)=0=|x=0 .
x=2

Bang xét dau

w
|
&
[
o
3
+
&

AN

Vay ham s6 da cho c6 ba diém cuyc tri.

Cau 65: (Chu 31 - Chuyén Vinh - Lan 2 - Nim 2018 - 2019) Cho ham s6 y=f(x). Ham s6

y= f’(x) ¢ bang bién thién nhu hinh v& bén. Ham s g(x) = f(x) —x ¢6 bao nhiéu diém

cuc tri?

—< -1 1 1o

400
s / \ N /

—D0

®. 3. ®. 2 ©. 0. ®. 1
Loi giai

Chon D

Ham ség(x)zf(x)—x co TXD: D=R.
Ta co: g’(x) = f’(x)—l ; g’(x) =0 f’(x) =1 (1) .
Sé nghi¢m phuong trinh (1) 1a sb giao diém cua dd thi ham s y= f’(x) va duong théng

y=1
Dua vao BBT, suy ra phuong trinh (1) c6 2 nghiém, trong d6 c6 1 nghi€ém x =-1 (nghiém
kép) va x =x, >1 (nghiém don).

Viay ham sb g(x) da cho ¢6 1 diém cuec tri.

- 35\

\//\/
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Ciu 66: (Céu 6 - Chuyén Vinh - Lan 3 - Nim 2017 - 2018) Cho ham s6 y = f(x) lién tyc trén R va

Cau 67:

Cau 68:

c6 bang xét dau cia dao ham nhu hinh v& Ham s6 da cho c¢6 bao nhiéu diém cyec tri?

X | —o -1 0 2 40
f(x) + 0 - || + 0o -
®. 3. ®. 2. ©. 1. O. 4
Loi giai
Chon D
X | —an -1 0 2 40
f(x) + 0 - || + 0 +

Dua vao bang xét dau f'(x), ta cé: hamsd f(x) c6 4 diém x, ma tai d6 f'(x) d6i déu khi

x qua diém x,.

Vay ham s6 da cho c6 4 di€ém cuyc tri.

)

uA waTySuwenIyyuainy/:sdyy (

(Céu 14 - Chuyén Vinh - Lén 2 - Niim 2017 - 2018) Cho ham s y = f(x) c6 tap x4c dinh

(—o0;4] va c6 bang bien thién nhu hinh v& bén. S6 diém cyc tri ciia ham s0 da cho 1a

X | —®© 1

V-I’

®. 3. ®. 2.

Chon A

v /1\0/2\1

©. 4.

Loi giai

Dua vao BBT, ham s da cho c¢6 3 diém cuc tri.

(Cu 27 - Chuyén Vinh - Lan 4 - Niim 2016 - 2017) Cho ham s6 y = f(x) c6 dao ham

®. 5.

f(x)= (x—l)(x2 —2)(x4 —4). S6 diém cuc tri cia ham sé y =f(x) la

®. 3. ®. 2.

Chon D
Ta co:

f'(x)=0<:>(x—1)(x2 —2)(x4—4):0

©. 4.

Loi giai

@. 1.

o (x-1)(x* =2)°(x* +2)=0 & x =1 (nghiém don), x==v/2 (nghiém kép)

PrebrvyweeagpIvt avay vdimy my

36\
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&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

Vay chico 1 diém cuc tri x=1.

Ciu 69: (Céu 18 - Chuyén Vinh - Lan 2 - Nim 2016 - 2017) Tim tit ca cac gia tri caa tham s6 m dé
ham s6 y= —x* +mx® —x ¢6 2 diém cuc tri.
®. |m| > /3. ®. |m| >+/3. ©. |m| >2./3. ) |m| >2.
. Loi giai
> Chon B
g TXD: D=R.Tacé y' =-3x"+2mx—1
—gb Ham sb ¢6 hai diém cuc tri < y"=0 c6 hai nghi¢ém phan biét
§ SAN=m-3>0m >3 m>3
=
e
< Cau70: (Chu 21 - Chuyén Vinh - Lén 2 - Nim 2016 - 2017) Cho ham s6 y = f(x) c6 dao ham
= ;
4 f'(x)=x*(x*—4), xe R. M¢nh dé nao sau day la ding?
=]
% ®). Ham s6 d3 cho c6 2 diém cuc tri. (®. Ham sb da cho dat cuc dai tai x = 2.
o
e
= ©. Ham s6 d3 cho ¢ 3 diém cuc tri. ©. Ham so da cho dat cuc tiéu tai x =—2.
o Loi giai
= Chon A
Ta c6 phuong trinh f”(x)=0 c6 2 nghiém don la x=2 va x=-2 nén ham sb da cho c6 2
diém cuec tri.
Chu y: C6 thé 1ap bang bién thién ctia ham s, tir 46 duoc A
N ; 2 5
Ciu 71: (Céu 27 - Chuyén Vinh - Lan 1 - Niam 2016 - 2017) Cho ham s6 y =x" —§x3 —x*. Ménh dé
% nao sau day la dang?
g ®. Ham s6 c6 gia tri cuc tiéu 1a 0.
2 5
(®. Ham s6 ¢6 hai gia tri cyc tiéu la —= va ——
3 48
' ©. Ham s6 chi c6 mot gia tri cuc tiéu.
g
N g ] 2
§ ©. Ham s6 c6 gia tri cyc tiéu 1a —5 va gia tri cyc dai la —%.
 £| Loi giai
Chon B
4 2 3 2 ’ 3 2 ' = = 1
y=x —gx —x" =y =4x -2x"-2x; y'=0= x=0 hodc x=1 hodc xZ_E
Bang bién thién
(€ 3?\ %7



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021

Cau 72:

Cau 73:

1
X |- - 0 1 +
o0 2 (0.0]
V' - 0 + 0 - 0 +
W 7N P
|40 5 0 2 +00
Duya vao bang bién thién ta co dap 4n B E
A ¥ J

(Céu 35 - Chuyén Vinh - Lan 2 - Niim 2020 - 2021) Cho ham s6 y = f(x) c6 dao ham, dong

7 r X 9
bién va nhan gia tri am trén (0;+c0). Ham s0 g(x) =M ¢6 bao nhiéu diém cuyc tri trén
x
(0;+00)?
®. 1. ®. V6 sb. ©. 2. ®@. 0.
Loi giai
Chon D

Ham sé y = f(x) c6 dao ham trén (0;+o0) = ham s y = f(x) lién tuc trén (0;+o0).

uA waTySuwenIyyuainy/:sdyy (

Do d6 g(x)= Lx) lién tuc trén (0;+0).
X

o/ ()= /()

Ham s y = f(x) ddng bién trén (0;400) = f'(x)=0,Vx €(0;+0).

Ta co: g'(x)=

x>0
Theo gid thuyét dé bai Vx e (0;+0) tacé 4 f'(x)20 = M
f(x)<0

= g'(x)>0,Vxe(0;+0) = Ham s g(x) ludn dong bién trén (0;+00).

>0,Vx e (0;+0).

Vay ham s6 g(x) khong c6 diém cuec tri trén khodng (0;+).

(Céu 72 - PTP Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho ham s6 y = f(x) x4c dinh
tréen R va ham sb y=f '(x) c6 d6 thi nhu hinh v& Tim sd diém cuc trj cia ham s
y= f()c2 —3) .

yA

PrebrvyweeagpIvt avay vdimy my

N
V=

®. 4. ®. 2. ©. 5. @. 3.
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Cau 75:

Cau 74:

Loi gidi
Chon D

Quan sat d0 thita co y= f'(x) d6i d4u tir am sang duong qua x =—2 nén hamsd y = f(x) co
mot diém cuc tri 1a x=-2.

. ' , x=0 =0
Tacoyz[f(xz—i%)} =2x.f(x2—3)=0<:{ 3 _2<:>[i .
Do d6 ham s6 y=f(x2—3) 6 ba cuyc tri.

(Céu 73 - PTD Chuyén Vinh - Lan 2 - Niim 2019 - 2020) Cho ham s6 y=f"(x) c6 dd thi
nhu hinh vé bén:

Y

Tim sé diém cyc tri ciia ham s§ y =3 () 4 /0

®. 2. ®. 3. ©. s. ®. 4.
Loi giai

Chon D

Ta thdy f '(x) xac dinh trén R nén f (x) xac dinh trén R .

Taco: y'= f'(x) 33+ (x).2"0n2= f'(x)[ 3.3+ 2" m2 .

Xét y'=0< f'(x)=0 (do 3’".In3+2'W.n2>0, VxeR).

Duya vao do thi ham s6 ta thdy f '(x) =0 c6 4 nghiém phan biét.

vay y=3""42"0 ¢4 4 diém cyc tri.

(Chu 42 - Chuyén Vinh - Lan 3 - Niim 2017 - 2018) Cho him s6 y = f'(x) c6 dao ham

f'(x) = (x3 -2x° )(x3 - 2x) v6i moi x € R. Ham s |f(1 - 2018x)| ¢6 nhiéu nhét bao nhiéu
diém cuc tri?

®. 9. ®. 2018. ©. 2022. ®. 11.

Loi giai

39\
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i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021
Chgn A

Ta co f’(x) =x ()C—Z)(x2 —2) =0 c6 4 nghiém va doi ddu 4 1in nén ham s y = f(x) cod
4 cuc tri. Suyra f(x) =0 c6 ti da 5 nghiém phan biét.

Do d6 y =|f(1-2018x)| co tdida 9 cyc tri.

Céu 76: (Ciu 27 - Chuyén Vinh - Lin 2 - Nim 2017 - 2018) Cho ham s6 bic bén y= f(x). Him s6 &
y=/"(x) c6 d thi nhu hinh v& bén. S diém cuc dai ctia ham s6 y = f(\/xz L ox+t 2) a =
3
>~
VA ?
<«
(¢}
=
-
2.
P
/ \ x S
-1/ o 1 37 8
aQ
2.
("]
3
<
=]
®. 1. ®. 2. ©. 4. ®@. 3.

Loi giai
Chon A

Tir d6 thi ciia y = f”(x) tachon f'(x)=(x+1)(x-1)(x-3).

Ap dung cong thirc y = [f(u)], =u'f"(u) v6i u=~/x* +2x+2

Ta co

v =l r(Faxea)| - (e 2 (e 2122 3)

(x+1)(\/x2 +2x+2+1)(x+1)2 (x2 +2x—7) x=-1
=)y=0 x=-1+22

- Jx? +2x+2(\/x2 +2x+2 +1)(\/x2 +2x+2 +3)
x=-1-22

PrebrvyweeagpIvt avay vdimy my

x |- —1-22 -1 ~1+242 +o0
y —

Tu bang bién thién ta théy ham s6 c6 mot diém cuc dai.

5 a0\
%/7 C )
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“Thanh céng la néi khéng véi ludi biéng”

Cau 77:

) https://luyenthitracnghiem.vn
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(Ciu 45 - Chuyén Vinh - Lan 1 - Nim 2017 - 2018) Cho ham s6 y= f(x) c6 dao ham
f'(x) = (x=1)*(x* —=2x), v6i moi x € R.C6 bao nhiéu gia tri nguyén duong cua tham s6 m dé

ham s6 y = f(x* —8x+m) co 5 diém cuc tri?

®. 15 ®. 17 ©. 16 ©. 18
Loi giai

Chgn A

x=0
Ta co f’(x):(x—l)z(xz—Zx):0<:> x=1

x=2
Bang bién thién:

i —0a 0 1 2 —0oa

Cau 1. = x =0,x =2 la cac diém cyec tri cia ham s0 f'(x)

Xéthamsé y = f(x* —8x+m)
Taco )y =(2x—8).f’()c2 —8x+m)
x=4
V' =(2x—8)f’()c2 -8x+m)=0< |x*—8x+m=0(1)
X' —8x+m=2(2)
Dé thay phuong trinh (1) va (2)khong c6 nghiém chung. Do d6 ham s6 y = f(x* —8x+m) cb
5 diém cuc tri khi phuong trinh (1) va(2) c6 hai nghiém phéan biét khac 4. Hay m <16
Vay c6 15 s6 nguyén duong thoa yéu cau bai toan

(Céu 31 - Chuyén Vinh - Lan 4 - Nim 2016 - 2017) Tim tit ca cac gia tri cua tham sé a dé

ham s6 y=ax++/x* +1 cb cuc tiéu.

®. -1<a<l. ®. 0<a<l. ©. -1<a<?2. ©. 2<a<0.
Loi giai

Chon A

Tap xac dinh: D=R

Tacod: y'=a+ Al
Vx® +1

+PK can: Ham s6 c6 cyc tri khi phwong trinh y' =0 c6 nghiém.

Tacod: ¥ =0 a=—— =f(x),véi xeR.
x+1

‘/J 7/4 :l\\
Ry

-

i —
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1

=<0 véimoi xeR, lim f(x)=1; lim f(x)=-1.

AN

Bang bién thién:

-1

Do d6: Phuong trinh y" =0 c6 nghiém thi c6 nghiém duy nhit x, khiva chikhi -1<a<1.

1
+PK du: Tacod: y'=—F——
(x2 +1)\/X2 +1
cuc tiéu véi moi a e (-L1).

Vay -1<a<l1.
Chu y:

+Ta c6 thé 1am tric nghiém bang phuong phap 1an luot thir véi a =0, a = —% , a :% ta cling

duoc dap an A

>0 voimoi x. Suy ra: y"(x,)>0 nén x, luén la diém

+ Chd diéu kién di ta c6 thé dung duy tac 1 dé kiém tra x, 14 diém cyc tiéu nhu sau:

Ham s c6 diém cuc tiéu x, khi »" d6i dau tir am sang duong khi qua nghiém x,.

, ., x+aV x*+1
Tacod: y=—F—c—
VX' +1
nhit ctia x+av/x* +1 1a hé s6 duong.
Suy ra: ' d6i dau tir am sang duwong khi qua nghiém X, -

Do d6: x, la diém cyc tiéu voi moi a € (—1;1).

Céu 79: (Cau 39 - Chuyén Vinh - Lan 2 - Niim 2016 - 2017) Cho ham sé bac ba y = f(x) c6 dd thi

nhu hinh bén. Tét ca cac gia tri ciia tham s6 m dé ham s y = | f (x) - m| c6 ba diém cuc trj 1a

£

Q
=

—3F----

®. m<—1hoic m>3. ®. m<-3 hoic m>1.

©. m=-1hoac m=3. ©. 1<m<3.

Loi giai
Chon A
Nhan xét: D thi ham sé y = |f(x) + m| gdm hai phan:

*Phén 1 1a phan do thi ham s6 y = f(x)+m ndm phia trén tryc hoanh;

.

uA waTySuwenIyyuainy/:sdyy (

Vi-l<a<lva x+avx®+1 —>x+a|x|=(1ia)x nén hé sb bac cao

PrebrvyweeagpIvt avay vdimy my

,/4*-22\>
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&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

- Phan 2 1a phan d6i xtng cta d6 thi ham sé y = f (x) +m nam phia dudi truc hoanh qua truc

hoanh.
Duya vao d6 thi cia ham sé y = f (x) da cho hinh bén ta suy ra dang d6 thi ctia ham s6
y= f(x) +m.
A
A
=
>. y=|f(x)+m]|
=
v
oy
<
en -
=
o
<
=
oy
<
= -1t
=
>,
2 m>0
~
P 0
72}
& m<
< Khi d6 ham s6 y =|f (x)+m| c6 ba diém cyc trj khi va chi khi @ thi ham s6 y = f (x)+m va

| I‘ll‘
i/

truc hoanh tai nhidu nhit hai diém chung

1+m<0 m< -1

[—3+m20 [mZ?) '
Cach 2: Taco

yz‘f(x)+m‘ zd(f(x)+m)2
. f’(x).(f(x)+m)
(7 (x)+m)

I

,tatim x thoa man ' =0 hodc y' khong xac dinh

% Dé tim cyc tri cia ham s6 y = ‘f(x) +m
z _[r@=0
f(x)=-m (2)
Dua véo d6 thi ta co (1) c6 hai diém cuyc tri x,,x, trdi ddu. Vay dé do thi ham s6 c6 3 cuc trj
\% thi (2) c6 mdt nghiém khac x;,x, .
3 -m2>1 m<—1
= .
§° -m< -3 m2>3
K (Céu 49 - Chuyén Vinh - Lin 1 - Nim 2019 - 2020) Cho ham s6

f(x)= ax* +bx’ +cx’ +dx +e, (ae<0). D6 thi ham s6 y = /"'(x) nhu bén. Ham 5O

CAau 80: Dua vao d6 thi ta c6 diéu kién: {

y= ‘4f(x) —xz‘ ¢6 bao nhiéu diém cuyec tiéu?

3N —=
SO I
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y
y = ['(z)
| Y SR
L L .
: 0 2
- - __*IIQ
®. 3 ®. 5 ©. 4 ®. 2
Loi giai
Chgn A
PR e x’ , , X
Xét ham so6 h(x):f(x)—T:h (x)=f (x)—E.
Y
y = f'(z)
3| Y S
y=ux/2

MR = ===

! 0

- - ___11.{2

Tur do thi va gia thiét ta c6 = '(x)=4a(x+1)x(x-2), (a <0).

Do ae<0=e>0< f(0)>0=h(0)>0.

X | —o0 -1 0 2 +00
h'(x) - 0 - 0 + 0 —
n(-1) h(2)
h(x) / \ n(0) — Ox
~

+0

() W h(2) b
\ ) e T h(o)/ \0/

Vay ham s0 c6 3 diém cuc ticu.

Ciu 81: (Ciu 44 - Chuyén Vinh - Lin 3 - Nim 2018 - 2019) Ham s f<a;) = xzj- T m|, Vol m 12
s6 thue, co nhiéu nhit bao nhiéu diém cuc tri?
®. 2. ®. 3. ©. 5. ®. 4.
Loi giai
Chon D
Cach 1:

/AN
" ‘KD/\? \'ﬂf»\ v

v

uA waTySuwenIyyuainy/:sdyy '||

PrebrvyweeagpIvt avay vdimy my
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2 1_2 2 1_ 2
Xét ham g(x): Zx -m,co g’(x):x ! jC = x 2
x*+1 (x2+1) (x2+1)

-1
g'(x)zOC:{x
x=1

E Bang bién thién:

=

v x —o0 —1 1 +a

-ED g ( x) - 0 + 0 -

5 1

I~ ——m

s g(x) 2 \

'

v

E o o

=

3

> \ 1

= ———m

= 2

~~

195]

& ,

= Tur bang bién thién ctua g(x) ta thay ham s0 c6 2 di€ém cuyc tri, dong thoi phuong trinh
& g(x) =0 ¢6 tdi da 2 nghiém, tirc d6 thi ham sb ct g(X) tai toi da 2 diém. Nhu vay ham sb

f(x)= |g (x)| c6 t6i da 4 diém cuyc tri.

Cach 2:

-z’ +1

(=% + 1)2

Xét ham sb g(x): co g’<x): va g’(x):O(:):c:il.

2 +1

Bang bién thién ciia ¢ (x) nhu sau

[ I i

Xét cac truong hop:

‘m‘ > b thi ham s6 g () —m khong c6 diém chung voi truc hoanh. Nén d thi ham s6

o hutps v facchoohcomsicigeld
/

f (a:) = ‘g (x) — m‘ ¢ dung 2 diém cyec tri.
‘m‘ = E : do thi ham so ¢ (x) —m khong c6 1 diém chung v6i truc hoanh va phan con lai nam
trén hodc dudi truc hoanh. Nén do thi ham sb £ (z) = ‘g (z) - m‘ c6 ding 2 diém cuyc tri.

1 ‘ , , 7 ‘
‘m‘ <5 va m==0: 6 thi ham s6 ¢ () —m cit trye hoanh tai hai diém phan bigt. B thi ham

s6 f(z) = ‘g ()~ m‘ c6 dung 4 diém cyc tri.

\—”\,/»/\ -

TR\ &
o~ 45 kY
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m=0: d thi ham s6 ¢ (x) —m khong c6 1 diém chung véi truc hoanh. D6 thi ham s6
f (iL‘) = ‘g (iL‘) - m‘ c6 dung 3 diém cyc tri.

Vay dd thi ham s f (x) c6 nhiéu nhét 4 diém cuc tri.

Ciu 82: (Céu 44 - Chuyén Vinh - Lin 1 - Niim 2018 - 2019) Cho ham s6 f(x) c6 dd thi ham s6

la

"

y = f"(x) dugc cho nhu hinh v& bén.

1k

v=flx)

1 b2

it

Lad

]

uA waTySuwenIyyuainy/:sdyy (

2

Hamsb y=|f(x) +%x — £(0)|c6 nhidu nht bao nhiéu cuc tri trong khoang (—2;3)?

®. 6 ®.2 ©.5 ®.3
Loi giai
Chon D
Xét ham s6: h(X) =f(x)+%x2 —f(O).
Taco I'(x)=f'(x)+x; K (x)=0 f'(x)=—x
Nghiém phuong trinh trén 1a hoanh d6 giao diém cua hai do thi y=—xvay=f '(x)

1k

v=fllx)

PrebrvyweeagpIvt avay vdimy my

14 b2

=y

5 46\
%/7 C )
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x=-2

Duya vao d thi suy ra phuong trinh: f '(x) =-x c6 banghiém | x=0 , vdi x=0 la nghiém
x=2

kép. Trén khoéng(—2;3) , ham sb h(x) c6 mot diém cuc tri 1a x =2, (do qua nghiém x=0,

h'(x) khoéng d6i ddu). Do d6 db thi ham s6 y = h(x) cit truc hoanh tai toi da 2 diém.

Suy raham s y = |h(x)| c6 tdi da 2+1=3 diém cuc trj trong khoang (-2;3).

) https://luyenthitracnghiem.vn

I“"II
iy

o hutps v facchoohcomsicigeld
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Cau 83:

Cau 84:

Cau 85:

[ BAI 3: GTLN - GTNN CUA HAM SO J

(Cu 17 - Chuyén Vinh - Lan 2 - Niim 2020 - 2021) Cho ham s6 y = f(x) ¢6 d5 thi nhu hinh

v&. Gi4 trj 16n nhat ciia ham s6 da cho trén [-1L;1]1a

)

®. -1. ®.1. ©. 2. ®@. 0.

Loi giai
Chon B
Gid tri 16n nhét cia ham s6 da cho trén [-1;1] 1a 1.

uA waTySuwenIyyuainy/:sdyy (

(Céu 13 - Chuyén Vinh - Lan 1 - Niim 2020 - 2021) Cho ham s6 y = f(x) c6 bang bién thién

nhu hinh bén. Gia tri 1én nhit caa ham sb da cho trén doan [—3;3] béng

x |3 -2 0 1 3
f'(x) -0 0 -0 4
1 8
0
/(%) / \
_3 -
®. 0. ®. 8. ©. 1. ®. 3.
Loi giai

ChonB
Tt bang bién thién suy ra r[{132;13>](f(x) =/ (3)=8.

(Céu 2 - Chuyén Vinh - Lin 3 - Niim 2016 - 2017) Cho ham s6 y = f(x) lién tuc, ddng bién

PrebrvyweeanIvt aveay, vdimy my

trén doan [a;b]. Khang dinh nao sau day dung?

(®. Ham s6 da cho c6 gia tri 16n nhét, gia tri nho nhat trén khoang (a;b).
(. Ham s6 d3 cho c6 cuc trj trén doan [a;b].

©. Ham s6 da cho co gia tri 16n nhét, gia tri nho nhat trén doan [a;D].

©. Phuong trinh £ (x) =0 c6 nghiém duy nhat thuoc doan [a;5].

- ‘(‘\(" H’JZS\\,
~ ‘KD/\? (\4\,»/\ ,/>
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Loi giai

Cau 86;: Chon C

) https://luyenthitracnghiem.vn

I“"II
iy

I

o hutps v facchoohcomsicigeld

(Cau 38 - PTD Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho ham s6 y = f'(x)c6 dao ham

f'(x)=x"+3x"=3x* +3x -4 v6i moi xeR. Gié tri nh6 nhat clia ham s6 y = f (x)trén doan

[-4;2] 1a

®. £(0). ®. f(-4). ©. £(1). ©@. 1(2).
Loi gidi

Chon C

+Ta tinh dugc f'(x)=x"+3x* -3x +3x—4=(x—1)(x+4)(x2 +1)

+Nen f'(x)=0e|"
Y= x=1

+ Lap bang bién thién

X — o0 —4 1 2 +00
f(x) + 0 - 0 + 0 —
T2 7

o / \‘ f(l)/ \

+ Dya vao BBT két luén gié tri nh6 nhatla £ (1)

Céau 87: (Cau 39 - PTP Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho him s6 y = f(x)c6 dd thi cia

dao ham f'(x) nhu hinh v& bén duéi. Gi4 tri 16n nhét ctia ham s6 y = f(x)trén doan [-1;3]

la
¥ I| ')

.
t
—
w
-
=

9 N —=
SO I
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®. £(0). ®. f(-4). ©. £(1). ©@. 1(2).
Loi gidi
Chon A
+ Tir d6 thi cta dao ham f”(x) ta lap duoc bang bién thién nhu sau
x |- -1 0 3 + a0
Sf'(x) — 0O + 0 -0 -
N f(0) P

@y

/-1 S

+ Dua vao BBT ta suy ra gia tri 16n nhit ctia ham s§ y = f(x) trén doan [—1;3] la f(O)

f(x)=x(x+1)(x=2)" v6imoi x € R. Gié tri nho nhét cia ham s trén doan [-1;3] 1a

®. 1(2). ®. 1(3). ©. f(-1).

Loi giai
Chon D

“
|
—_
o
[}

Ciu 88: (Ciu 24 - Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho ham s6 y=f(x) ¢6 dao ham

©. £(0).

Vay min]f(x) = /(0).

xe[—l;S

bén.

f(x) \ f(Z)/
f(O)/

Chu 89: (Chu 31 - Chuyén Vinh - Lan 1 - Nim 2019 - 2020) Cho him s y = f(x) ¢6 d0 thi nhw hinh

v

uA waTySuwenIyyuainy/:sdyy ‘||

PrebrvyweeagpIvt avay vdimy my
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Gl |

Goi k , K lan lugt 1a gia tri nh6 nhat va gia tri 16n nhat ctia ham s6 y = f'(-2x) trén doan [_I;E}' Gia

tri k+K bang

) https://luyenthitracnghiem.vn

]
®. 0. ®. 4. @% ©. -4.
-—’ Loi gidi
Chon D
bat = -2x.

Khi xe[—l;%}:te[—lﬂ]
Khid6 y = f(t) trén [-1;2] co trer[l_ellﬁ]f(t)=0=K, tg}ilg]f(t)=—4=k,
Viy k+ K =—-4+0=-4.

Ciu 90: (Céu 29 - Chuyén Vinh - Lan 3 - Niam 2018 - 2019) Goi 7, M 1an luot 13 gia tri nhé nhit va

gia trj 16n nhit cia ham s6 £ (x)=2x+ cos% trén doan [—2; 2] . Gia tri cia m+ M bang
®. 2. ®. 2. ©. o. ©. 4.
Loi giai

Chon B

o hutps v facchoohcomsicigeld

Taco f'(x)=2 _fsinﬁz_x > 0 voi moi x eR. Suy ra, ham s6 dong bién trén [—2;2].

Vay m=f(-2)=—4+cos(-7)=-5, M = f(2) =4+cosz=3.

Giatri m+M =-5+3=-2.

\_/\,/—/\ -

e\ &
o~ 51 - kY
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Cau91: (Chu 18 - Chuyén Vinh - Lin 2 - Nim 2018 - 2019) Cho ham s6 y = f(x) c6 dao ham

Cau 92:

f'(x)=x(x+l)(x—2)2 v6i moi x eR. Gia tri nho nhat cia ham s y=f(x) trén doan

[-1,2] 1
®. f(-1). ®. £(0). ©. £(3). ©. £(2).
Loi gidi
Chon B
x=0
Taco f'(x)=0«|x=—-1,chiy x=2 la nghiém kép cia y'.
x=2

Ta c6 bang bién thién cua ham sd trén doan [—1 ;2]

x -1 0 2
f'(x) - 0 +
f(=1) f(2)
@ T
f(0)

Suy ra F}llﬁf(x) = f(O) .

la

"

(Cu 29 - Chuyén Vinh - Lan 1 - Nim 2018 - 2019) Goi m, M 14n luot 13 gia trj nho nhét va

sz 1z A 5 B A 9 A .y ° g d
gia tri 16n nhat cia ham s6 y = x+— trén doan [l ; 4] . Gia tri cia m+ M bang
X

®. %. ®. 16. ©. %. ®. 10.

Loi giai
Chon B

Ham s6 xéac dinh va lién tuc trén doan [1;4] )

Ta co: y'=(x+2j =1—%.
X X
x=3e(1;4)

:>y’=0<:>1—%=0<:>x2—9=0<:> .
X x=-3¢(1;4)

" ?//Z -~ ./5/2\\
L5 e

uA waTySuwenIyyuainy/:sdyy (

PrebrvyweeagpIvt avay vdimy my
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Co (3) 6 :>r[rll;14r]1y=6=m Varﬁa}ﬁ;y=10=M.

25
4)===
f(#)=5
c Vay m+M =16.
>
g Ciu 93: (Céu 24 - Chuyén Vinh - Lan 3 - Niam 2017 - 2018) Ky hiéu a, 4 1an luot 12 gia tri nho nhét
oy 2
% va gia tri 16n nhét ctia ham s6 =Lx1+4 trén doan [0;2]. Gia tri a+ A4 bang
(= X+
@]
g ®. 7. ®. 18. ©. 0. ®. 12.
= Loi giai
5 Chon A
>
= , X +2x-3 x=1€[0;2]
S B : Tl x=3ef0:2
2, Ta co (x+1) . Giai phuong trinh =0 o x*+2x-3=0 x=3¢[0:2]
el
)
= )= maxy=y(0)=4 min y = y(1)=3
a po (0)=4, y(1)=3 Y(2)=7 . maxy 7(0) = A=4, b2 Y=y
vay A+a=T,
Ciu 94: (Céu 23 - Chuyén Vinh - Lan 2 - Nim 2017 - 2018) Gi4 tri nh6 nhit cia ham s6 y = xe* trén
[-2;0] béng
2 1
®. 0. ®. -=. ©. —e. O. -

Loi giai

Chon D

Taco y'=e +xe" =¢'(x+1) > )’ =0 x+1=0x=—1.

:
5
é.n $(-2)==Z3p(0) =05 (~1) === Viy 3y =
:
.

(Céu 23 - Chuyén Vinh - Lan 1 - Nim 2017 - 2018) Gia tri nho nhét cia ham sé y=1+x+—
X

trén doan [—3; —1] béng

®. 5 ®. 4 ©. -6 ®. -5
Loi giai
Chon B
, ( 4)' 4 x-4
y=Elltx+—| =l-—F=—
X X X

- x=-2¢e(-3-1)
SR PR PYRE A

B3N —=
O N
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Taco y(-3) == (=2) =3 y(~1) =4

Véy x;’[l;l%’l;ll]f(X) =—4

Ciu 96: (Céu 29 - Chuyén Vinh - Lan 4 - Nam 2016 - 2017) Goi M , m lan luot 13 gié tri 16n nhit va

gia tri nho nhat ctia ham s§ y = e doan [-2;0]. Gia trj biéu thitc 5M +m béng P
2x— i ==
4 24 24
®. ——. ®. =—. = ®@. 0.
5 5 5
Loi gidi
Chon D

Ham s6 y= ]
7 r _3 \ A . A A
Tacd y'=——— <0,Vx €[-2;0], suy ra ham s0 nghich bién trén [-2;0],

(2x—l)

lién tuc trén [—2;0].

Do d6:

r _
va m—mlgly—y(O)——l.

M:me?xy:y(—2):§ mig

[-2.0]

Viy 5M+m=5@j+(—1)=o.

uA waTySuwenIyyuainy/:sdyy (

Ciu 97: (Céu 35 - Chuyén Vinh - Lan 3 - Nam 2016 - 2017) Goi M, m 14n luot 13 gi4 trj 16n nhit va
gi4 tri nho nhat cia ham s§ y = x++/4—x?. Khi dé

B M-m=2J2-2. ® M-m=4. © M-m=22+2. ©® M-m=22.
Loi giai
Chon C

Piéu kién: 4-x*>0< 2<x<2

x V4-x* —x

Taco: y' =1- =

Va-x Va-x

x20
Y=0V4-x" -x=0 4—x2=x<:>{4 ox=2

y(-2)=-2y(v2)=2v2;p(2) =2

PrebrvyweeagpIvt avay vdimy my

Do dé: M:2\/§;m:—2
Suy ra M-m=2J2+2.

Ciu 98: (Céu 19 - Chuyén Vinh - Lan 2 - Nim 2016 - 2017) Goi M,n lan luot 13 gia tri 16n nhét va

2

cro - ) K. \ ) X —
gia tri nho nhat cia ham s6 y = 5
P

trén doan [—l;%}. Ménh dé nao sau ddy la ding?

E\;‘\' ?//Z /A,Jgér‘\\\
RV Y I NN
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@.M+n=§. .M+n=z. ©.M+n=£. @.M+n=i
3 2 6 3
Loi giai

Chon A
2 —

Trén {—1;3} ham s6 lién tuc va c6 dao ham y' = Lﬁf

2 (x-2)

2 4re3 lee{—l;%} 5 3 3
, X —4x+
y=0<:}—2=0<:) ;y(—l):—; y(l)zz;y[—jz—.
(x-2) x=3§{—1'§} 3 2) 2
"2

M =maxy=y(1)=2; nz[milrjyzy

[—1;1} -1
3

2 8
1N== M _°
(-1) 3:> +n 3

3

) https://luyenthitracnghiem.vn

Ciu 99: (Céu 20 - Chuyén Vinh - Lan 1 - Nam 2016 - 2017) Xét ham s6 f(x) =3x+1+ 5 trén
X+
tap D =(-2;1]. Ménh dé nao sau day sai?
®. Gié tri 16n nhat cia f(x) trén D bang 5.

®. Haim s6 f(x) c6 mot diém cuec tri trén D .
©. Gié tri nho nhét ctia f(x) trén D bang 1.

©. Khong ton tai gia tri 1on nhat cua f (x) trén D.

% Loi giai
§ Chon A
e 3
Taco: f'(x)=3- =
(x+2)
\% Do dé f'(x)=0x=-1vx=-3.
~ Do xe D néntachon x=-1. BBT:
k- e |
| y' — 0 +
7
+00 \ 5
Y 1

Cau 100: Vay cau A sai.
(CAu 45 - Chuyén Vinh - Lan 2 - Nim 2020 - 2021) Cho ham s6 y = f(x) c6 dao ham trén

N N —=
PR
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Cau 101:

R. D6 thi ciia ham s6 y= f '(x) dugc cho trong hinh vé& bén. Gia tri nho hat ciia ham sb

g(x)=f(sinx) trén [0; 7] 1a

.

®. £(0). ® £(1). ©. f(% ®. f[lj.

Loi giai
Chon B
bit t =sinx,t €[0;1] thi g'(¢)=/"(¢) <0,V €[0;1]= g(¢) nghich bién trén [0;1]
Do do r[%lgrr]lg(x) =

ping ()= (1)

(Ciu 41 - Chuyén Vinh - Lan 2 - Niim 2018 - 2019) Cho ham s6 f(x). Him s6 f'(x) c6

uA waTySuwenIyyuainy/:sdyy (

bang bién thién nhu hinh v& bén. Gi tri 16n nhét cta ham sb g(x) =f (2x) —sin’x trén doan

[-1;1] 12
x| —oo —2 ~1 0 1 2 +co
SR ~ (']/ S []\1 v 0 -~ n
g
® f(-1) ®. £(0). ©. f(2). o (). %
Loi giai :
Chon B
Ta co g(x)=f(2x)+%c052x—% §
Pt t=2x. V6i xe[-1;1] thi te[-2;2]. g

o 1 1 , , 1.
Khi d6 ta co: h(t)zf(t)+5cost—5 =h (t)zf (t)—Esmt.
Tir bang bién thién ta thay:
+) Véi te(-2;0) thi f'(t)>0 vasint<0=Hh(t)>0.

+) Vi te(0;2) thi f'(t)<0 va sint>0 = h'(t)<0.

X ~—=~ 56
RV Y I NN
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) Vi t=0 thi f'(t)=0

Tt d6 ta co BBT sau:

hl + 0 —

Viay r[{lle;llﬁ(g(x) = r[{12?2>]<h(t) = h(O) = f(O) .

Cach 2:

Ta co g(x) = f(2x) —sin*x < f(2x) voi Vx e [—1;1].

) https://luyenthitracnghiem.vn

Pat t =2x. Véi xe[—l;l] thi te[—z;zj.

im"ll
iy

I

Xétham f(t) véi te[-2;2].

Ta c6 BBT

f + o -

= g(x) < f(t) < f(O) voi Vx e [—1;1].
Lai co g(O) = f(O) nén r[r}l?l)](g(x) = f(O)

Nhén xét: Véi HDG céach thay sin® x bai sin®" x thi két qua khong thay doi.

o hutps v facchoohcomsicigeld

Ciu 102: (Céu 40 - Chuyén Vinh - Lan 3 - Nim 2017 - 2018) Biét rang gia tri nho nhét ctia ham s6

y =mx +3—61 trén [0;3] bang 20. Ménh dé ndo sau ddy ding?
o

®. 0<m<2. ®. 4<m<8. ©. 2<m<4. ®. m>8.
Loi giai

Chgn C

I N ——=
‘\J\f/\,/) \\%/
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Cau 103:

Cau 104:

y—mx+—36 =)y =m- 36
x+1 (x+1)
X . 36 C
Truong hop 1: m=0,tacé y'=———— <0,Vx#—1.Khi d6 min y=y(3)=9.
(X+1) xe[033]
Truong hop 2: m#0 P
[
A= & J

* Néu m<0,taco y' <0, Vx=—1 Khi do rr%(i)g]y:y(3)<:>20=3m+9<:>m=%.

T
=
=

6 E;
36 36 | =
* Néu m >0, khi do y' =0 m— =0 (x+l) =2 o " . E
(x+1) m 6 L (] e
x=-=-1(0) =1
" 2.
6 4 4 g
6 m=
c0<———1<3 2 <m<36, miny=y| ———1|=12m—m=20 . e
N/ R y(@ J Vm-m=20e m=100(/) @
=
c 8 1s3em<, miny=y(3) ©20=3m+9 o m=11(1) g
Jm 4 oy” =Y ' <

(Céu 32 - Chuyén Vinh - Lan 2 - Nim 2017 - 2018) Cho him s6 y=ax’ +cx+d (a#0) co

(I_nlgl)f(x) = f(-2). Gié tri 16n nhét cia ham s y = f(x) trén doan [1;3] bang

®. 8a+d . ®. d-16a. ©. d-11a. ®. 2a+d.
Loi giai

Chon B

¥y =3ax" +c.

V" = 6ax.

»"=0< x=0. Nén do thi ham s6 c6 diém uén 1a 4(0;d). Do d6 do thi ham s6 nhan 4(0;d)

lam tdm d6i xtg.
Do d6 tir (I_Ilil(;l)f(x)Zf(—Z) suy ra {Ea%f(x):f(Z) = max f(x)=f(2)=8a+2c+d.

Mi f'(-2)=0 & 12a+c¢=0 = c=-12a.

PrebrvyweeagpIvt avay vdimy my

Vay rr[}g])(f(x)=8a—24a+d =d -16a.

(Céu 26 - Chuyén Vinh - Lan 1 - Niim 2017 - 2018) Cho (P):y=x"va A(—2;%), Goi M

1a mt diem bat ki thudc (P). Khoang cach M4 bé nhat 1a

®. 3 @ B o Y2 e Y5
4 3 2 2

h ‘(‘\(" H/Jgg\\,
%/7 ( )

A
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Loi giai
Chon D

2

Me(P)= M (x;x" )= AM” =(x+2)’ (x —%T.

2
Xétham: f(x)=AM* =(x+2)2 Jr(x2 —%j =x* +4x+% voimoi xeR.
: 3 3
> Ta co: f'(x)=4x +4:>f'(x)=0c>4x +4=0=x=-1
QE, Bang bién thién:
—gb .r —0 -1 +ao
5 f(z) - 0+
(4]
B fle) | +o +x
= \ /
i
& 5
g —
E 4
-
~~
2. Tir bang bién thién ta c6: AM> >> = AM > Vs Viy AM = Vs
= 4 2 2
=
§=8 Cau 105: (CAu 37 - Chuyén Vinh - Lin 4 - Nim 2016 - 2017) Cho ham s8 f (x) c6 dao ham Ia f”(x).

thi cuia ham s6 y=f '(x) duwoc cho nhu hinh v& bén. Biét ring

£(0)+1(3)=1(2)+1(5)-

S

Dé

Gid tri nho nhat va gia trj 16n nhat cia f (x) trén doan [0;5] 1an luot 1a

o hutps v facchoohcomsicigeld

®. £(0),7(5). ®. £(2),/(0). ©. r(1),7(5)- ©. 1(2).1(5).
Loi giai
Chon D
Duya vao db thi f "(x) ta dugc bang bién thién nhu sau:
b 0 2 3 5
S (x) - 0 +

7 (%) \ /

Duya vao BBT, suy ra: min f'(x) = f(2) va f(2)< f(3).

[0:5]

e 59\ X %7
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Cau 106:

Cau 107:

Taco: f(0)-f(5)=/(2)-f(3)<0= f(0)< f(5). Do d4, dwa vao BBT
max f(x)= f(5).

[0:3]
Vay minf(x) =f(2); maxf(x) = f(5)

[0:5] [0:5]

(CAu 45 - Chuyén Vinh - Lan 4 - Niam 2016 - 2017) Tap hop nao dudi ddy chira tit ca cac gia

tri cta tham s m sao cho gid tri 16n nhat cua ham s6 y = ‘xz —2x+m‘ trén doan [-1;2] khi LE
x=-1 bang 5.
®. (-5, -2)u(0;3). ®. (0;+00). ©. (-6;-3)u(0;2). ©. (-43).
Loi giai
Chgn A

Pt =x* —2x+1=(x-1)" véi xe[-1,2]=1€[0;4]. Taco y=f(¢)=|t+m~1|.

Khi do6 maxy=maxf(t)=max{f(0);f(4)}=max{|m—1

[-1:2] te[0;4]

m+3|}

b

uA waTySuwenIyyuainy/:sdyy (

TH1. Véi r[nleg](y:|m—l m=—4.

{|m—1|2|m+3| {|m—1|2|m+3|
, ta duoc & &

lm—1=5 m=-4vm=6

TH2. V6i r[nlaz)](y:|m+3 m=2.

|m+3| = |m—1| {|m+3|2|m—l|
~

|m+ﬂ=5

, ta duoc
m=2vm=-8

Vay cac gia tri m tim dwoc thoa mén tap hop (—5;-2)U(0;3).

Chu y: Trong

HD giai trén ta da sir dung tinh nhat: Him s6 f (x)= |ax +b| xéc dinh trén doan [x;;x, ] thi dat
GTLN tai x, hodac tai x,.

(Ciu 46 - Chuyén Vinh - Lan 3 - Niam 2016 - 2017) Cho cac s thyc x, y théa min

x” +2xy+3y* =4 . Gia tri 16n nhat cia biéu thirc P=(x—y)* Ia

PrebrvyweeagpIvt avay vdimy my

®. max P=8. ®). max P=4. ©. maxP=12. ®. max P =16.
Loi giai
Chon C
2
X
4| = -1
Tac():P:(x—y)Z: - (x y) ~= 2y
X" +2xy+3y [xj x
= +2—43
y Yy

2
Patr=",1cR — p-H —8i+4

= S P(f+2+3)=4r -8t +4
y " +2t+3

- ‘(‘\(" A’J/(;O\\,
%/7 ( 3

A
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< (P-4) +(2P+8)+3P-4=0
Dé phuong trinh c6 nghiém: A'>0 < (P+4) —(P—4)(3P-4)>0
& —2P*+24P>0 <0< P<12

Cau 108: Vay gia tri 16n nhit cia P 1a 12
(Céu 41 - Chuyén Vinh - Lan 1 - Niim 2020 - 2021) Cho d6 thi (C):y =ﬁ. Duong thing
d di qua diém I(1;1) cat (C) tai hai diém phan biét 4 va B. Khi dién tich tam gidc MAB
dat gié tri nho nhat, véi M (0;3) thi do dai doan 4B bing

®. 0. ®. V6. ©. 242. ®. 24/3.
Loi giai
Chgn A
Goi A(l—m;l_—mJ;B(Hm;m—H) V6i m>0.
—m m

I(l;l) 1a tam ddi Xung cua dd thi ham sb, suy ra / la trung diém cua 4,B.

) https://luyenthitracnghiem.vn

{;E Suas =28 né0 Sy, min khi S, min.
- Phuong trinh duong thing MI:2x+y—-3=0.
Ta co
1 1 112m* —m+1
Ss=—ah=—d(B;IM ).IM =—|——
MB = 5 ( ) ‘ .

2m* —m+1

Xétham so g(m)=
m

2
g (m) _ 2mm2 1
Ta co6 bang bién thién
L +0
2
0 + +x

g(m) \ /

g(m)|=2\/5—1 khi m:%.

m>0

Khi d6 IB:‘/m2+L2:\/§ suy ra 4B =2IB=4/10.
m

Ciu 109: (Ciu 92 - PTD Chuyén Vinh - Lin 2 - Nim 2019 - 2020) Cho ham s y = f(x). Ham sb

o hutps v facchoohcomsicigeld
. R:
E)
I

Suy ra min

y=f"(x) c6 bang bién thién nhu hinh v& dudi

e 61\ N %7
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X —an -2 -1 0 1 2 +a0

/() [}/ \ﬂ c:/
- N :

Gi4 tri 16n nhat ctia ham s6 g(x) = f(2x) —sin* (2x) trén [—l;l] la

®. f(-1). ®. £(0). ©. £(2). ©. £(1).
Loi giai

Chon B

Ta co: g(x) = f(2x)—sin4 (2x) < f(2x) , Vxe [—1;1].

Mit khac, tir bang bién thién cia f '(x) ta suy ra bang bién thién cua f (x) nhu sau:

.

uA waTySuwenIyyuainy/:sdyy (

X —o0 -2 0 2 o0
f(x) - 0 - 0 — 0 -
fx | \ /7 \ / ™

Tir bang bién thién ta co: f(2x) < f(O) véi moi x € [—l;l] , do d6 gia tri 1on nhit cua g(x)

1= _

trén |—1;1| 1a f(0), dat duoc khi va chi khi:
ren[ ] af( ) at duoc khi va chi khi {sin“(Zx):O

Céu 110: (Cau 93 - PTD Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho ham s y = f(x). Ham sb

y=f"(x) c6 bang bién thién nhu hinh v& dusi

X —x -2 -1 0 1 2 400

/() D/ \[} [}/
- N :

Gid tri nhé nhat cia ham s6 g (x)= f(2x)+(x —1)2 trén [0;2] 1a

®. f(-1). ®. 1(0). ©. £(2). ©. (1)

PrebrvyweeagpIvt avay vdimy my
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) https://luyenthitracnghiem.vn

| l‘ll‘
i/

o hutps v facchoohcomsicigeld

Cau 111: (Céu 49 - Chuyén Vinh - Lan 2 - Nim 2017 - 2018) Cho ham sé £ (x)=|

Loi giai
Chgn C
Taco: g(x)=f(2x)+(x—~1)" > £(2x), ¥xe[0;2].
Mit khac, tir bang bién thién cua f ’(x) ta suy ra bang bién thién cia f (x) nhu sau:

X —w0 -2 0 2 +o0

f’(x) - 0 +

S

Tir bang bién thién ta co: f(2x) > f(2) véi moi x € [0;2] , do @6 gia tri nho nhét ctia g(x)

f(2x)=1(2)

trén [0;2] la f(2) , dat duoc khi va chi khi: 5
(x—l) =0

0 — 0 +

S x=1

xt—4x® + 457 +a‘.
Goi M, m lan luot 1a gid tri 16n nhét, gid tri nho nhat cia ham sé da cho trén doan [0;2]. C6
bao nhiéu sé nguyén a thudc doan [-3;3] sao cho M <2m?
®. 3. ®. 7. ©. 6. ®. 5.

Loi giai
Chon D

Xéthamsb g(x)=x*—4x"+4x’ +a.

x=0
g'(x)=4x"—12x" +8x; g'(x) =0 ©4x’ - 12X’ +8x=0 < | x=1.
x=2
Bang bién thién
X 0 1 2
g'(x) + 0 -
a+l1
g(x) / \
a a

Do 2m>M >0 nén m>0 suyra g(x)#0 Vxe[0;2].

- 63\

\//\/

%7
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{a+1<0 {a<—1
Suy ra &

a>0 a>0
Néu a<-1thi M =—a, m=—a—-1 :>2(—a—1)2—a©a£—2.

Néua>0thi M=a+1, m=a=2a>a+l <a>1.

"

Do d6 a <-2 hodc a>1, do a nguyén va thudc doan [-3;3] nén a e {-3;-2;1;2;3}.

Vay c6 5 gid tri cia a thoa man de bai.

uA waTySuwenIyyuainy/:sdyy '||

PrebrvyweeagpIvt avay vdimy my

- ‘(‘\(" H/J/6/4\\,
~ ‘KD/\? (\4\,»/\ ,/>
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[ BAI 4: PUONG TIEM CAN CUA HAM SO }

Céu 112: (Céu 2 - Chuyén Vinh - Lan 2 - Niam 2020 - 2021) Pudng tiém cin ngang cta d6 thi ham sb

c _l=x la
> x+2
g
§= ®. y=-1. ®. y=1. ©. x=-2. ®. x=2.
bD e 20
g Loi giai
g Chon A 1
< Gi6i han lim y = lim —~ =—1, lim y = lim —~ =1, do d6 dd thi ham sb c6 tiém can
c X—>+0 x40 x + 2 X—>—0 x——0 x4
;;, ngang la y=-1.
S : ‘ i
8_( Ciu 113: (Cau 11 - Chuyén Vinh - Lan 1 - Nam 2019 - 2020) D6 thi ham s6 y =—; cO tiém can
=] x -1
= ngang la
®. y=0. ®. x=1. ©. x=0. ®. y=1.
Loi giai
Chon A

Téap x4c dinh: D =R\ {1}

=0 nén duong thang y =0 13 tiém can ngang ciia do thi ham sb.

L. X
Taco lim >
x—>+o0 X -

Céu 114: (Cau 3 - Chuyén Vinh - Lan 1 - Niim 2016 - 2017) Cho ham s y = f(x)c6 lim f(x)=0 va

lim f(x)=-o0. Ménh d& nao sau day la ding?

®. P6 thi ham s6 y = f (x) khong c6 tiém cén ngang.
®. D6 thi ham s6 y = f(x) c6 mot tiém can dung 1 dudng thing y =0.

©. Pb thi ham sb y=f (x) c6 mot tiém can ngang 1a truc hoanh.

o hutps /vy facchoohcomsicigeld,

©. P6 thi ham s6 y = f (x) nam phia trén truc hoanh.
Loi giai

Chgn C

o5\ N —=
P I
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Cau 115: Vi lim f (x) =0 va lim f (x) = 400 nén dd thi ham sé chi mot tiém can ngang 1a tryc hoanh.
(Céu 28 - Chuyén Vinh - Lan 2 - Nam 2020 - 2021) S6 dudng tiém can cua dd thi ham s

J1-x

=—— " 1
Y x> =3x+2
®. 3. ®. 2. ©. 1. ©®. 0. N
£
Loi giai g
Chon B

Tap xac dinh: D = (—oo;l)
+) lim y =0= dudng thing y =0 1a tiém can ngang ctia do thi ham s6 d cho.

V1—x . 1

+) limy=lm——m—=lm—FF——=+®©

x—1~ x—1~ (l—x)(Z—x) X1 (2—)C)‘/1—)C
Suy ra duong thing x =1 1a tiém can dimg cua do thi ham sb da cho.
Vay dd thi ham sd da cho ¢ 2 duong tiém can.

Céu 116: (C4u 19 - Chuyén Vinh - Lan 1 - Nim 2020 - 2021) D6 thi ham s6 y = xX+3

3 ¢6 bao nhiéu

uA waTySuwenIyyuainy/:sdyy (

x —3x
duong tiém can?
®. 3. ®. 4. ©. 1 ®@. 2.
Loi gidi
Chon B
Ta co6:
1.3 n
2 3
lim y = lim — =limX*—* =0=TCN:y=0.
X—>Foo x—>t0 X3 —3x X—>Foo 3 Qg
==
X -
lim y = —o0; lim y =+ = TCD: x =0. N
x—>0" x—0"
lim y=+00; lim y:—oo:>TCD:x:\/§. %
o B) (5]
lim y=-ow0; Ilim y=+40=TCD: x=—/3.
w3 xo(—3)
a2 x+3 NS :
Vay do thi ham s0 y =—; cd 4 duodng tiém can.
)
Céu 117: (CAu 33 - PTD Chuyén Vinh - Lin 2 - Niim 2019 - 2020) D4 thj ham sé y =—“21;+;C c6 Qg
X —2x—

bao nhiéu duong ti€ém can?

®. 3. ®. 0. ©. 2. ®. 1.
Loi giai

Chon D

Tap xac dinh: D =(-1;1]

_—

R /g \
n 66

J
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) https://luyenthitracnghiem.vn

im"ll
iy

I

o hutps v facchoohcomsicigeld

Do thi ham s6 khong c6 tiém cén ngang.

x=-le[-11]

¥ -2x-3=0&
x=3¢[-11]

Vay d thi ham s c6 1 dudng tiém can.

Ciu 118: (Cdu 34 - PTP Chuyén Vinh - Lan 2 - Niim 2019 - 2020) D6 thi ham s6 y =

bao nhiéu duong ti€ém can?

®. 3. ®. 4.

Va2 =3x+x 6

x—2

©. 2. O®. 1.

Loi giai

Chon C
Tap xéac dinh: D= (—oo;O] u[3; +oo)

Do thi ham s6 khong c6 tiém can dung.

3
Vx*=3x+x 1_;+1
Im—=1 =2
X—>+00 xX— X—>+00 2
1-=
b

Vay d6 thi ham s6 c¢6 2tiém can.

Céu 119: (Céu 35 - PTP Chuyén Vinh - Lan 2 - Nim 2019 - 2020) D thi ham s6 y =

bao nhiéu duong ti€ém can?

®. 3. ®. 1.

VI=x* +x 6
Vx?=2x-3

©. 2. ®. 0.

Loi giai

Chon D
Tap xac dinh: D = (-1;1]
Do thi ham s6 khong co tiém can ngang.

x=—lg(-11)

X -2x-3=0<
x=3¢(-L1)

Vay dd thi ham sb khong c6 duong tiém cén.

Py
R
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Cau 120:

Cau 121:

Cau 122:

(Cu 20 - Chuyén Vinh - Lan 2 - Nim 2019 - 2020) D4 thi cia ham sé ndo sau day khong cd
tiém can ngang?

1 . 2x+1
®. y= — ®. y=2x"+x. ©. y=¢€" ©. y= .
2x°+x x+2
Loi giai
Chon B -
L. R
lir+nm (2x2 +x) = +o0 = @0 thi cia ham s6 y =2x” + x khong c6 tiém can ngang. =
XX :‘
=
o
2
; ) - +4/x% +1
Cau 23 - Chuyén Vinh - Lan 3 - Niim 2018 - 2019) D thj ham s6 y=>->> " ¢4 bao &
Y x—1 =
c
nhiéu duong ti€ém can? '*(<D
®. 4. ®. 3. ©. 1. ©. 2. =
Loi giai %"
Chon B C:%
N, =.
2
. x+Vx+1 : . e : e
lim T T oo suy ra duong thang x =1 1a tiém can ding cta do thi ham so. =
x—l* xX— .<
=
1
2 x+x,/1+—
XX+ \ 2 . ) s
t11)r+noo al xicl = xllem o X =2 suy ra duong thing y =2 la tiém can ngang cua do thi
ham sd.
\/— x—x,(1+ !
5 _ il
oxHNxT+l Vo : ~ 5 thi
XILIEO al xicl = xlg}im - X —0 suy ra duong thang , = 0 1a tiém cén ngang cua do thi
ham sd.

Vay DTHS c6 ba duong tiém cén.

Nt =2x +x

(Chu 16 - Chuyén Vinh - Lan 2 - Nim 2018 - 2019) D4 thj ham sé y == cobao
x pa—

nhiéu duong tiém cén.

®. 3. ®. 0. ©. 2. ®@. 1.

Loi gidi
Chon C
Taco: D =(-o0;0]u[2;+00) = DS thi ham s6 khong c6 TCD

Prebrvywesagpavt aveay sdimy my

limy=2,limy=0 = D6 thi ham s6 ¢6 2 TCN y =2,y =0.

X—>+0 X—>—00
2
Nxt-2x +x

Vay dd thi ham sb y= —1 c6 2 duong ti€m can.
x —

limy,limy khong ton tai=> dd thi ham s khong co TCD.

x—1" x—-1"

_—

R /g \
n 68

J
TN



&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

X —4x

Céu 123: (Cu 23 - Chuyén Vinh - Lan 1 - Nim 2018 - 2019) D4 thi ham sb y —m ¢6 bao
nhiéu duong ti€ém cén?
®. 4. ®. 1. ©. 3. ®@. 2.
Loi giai
Chon D

*TXD: D=R\{-1;2}.

. . P-4 P-4
*Tacod: lim y= hm%—l va lim y = hm%—l
X—>+0 X—>+0 X —Ji3x— X—>—0 X—>—0 X —23x

= P06 thi ham s6 da cho c6 mot tiém can ngang 1a duong thang y =1.

) https://luyenthitracnghiem.vn

* Ta co:
3
hrny—hmfi—lim ( )(x+2) = lim x(x+22):§.
x—2" x—2" —3x—=2 o2 (X+1) (X 2) x—2" (X+1) 9
= = 2 2
L= lim y = hmx—4x lim x(x=2)(x+2) = lim x(x+ 2) =§.
o x—27 -2 X0 —3x—=2  xor (x+l) (X 2) x—2" (x+l) 9

3 _2 2 2
lim y= lim x—4x— lim Mz lim x(x_+2):
SONT o) =3xm2 o0 (e 1) (x-2) o0 (x4

= D) thi ham s da cho c6 mot tiém cén ding 1a duong thfmg x=-1.

Vay d thi ham s c6 2 dudng tiém can.

Ciu 124: (Cu 16 - Chuyén Vinh - Lan 3 - Niam 2017 - 2018) D4 thi ham s6 y = c6 tat ca bao

x* -1

nhiéu ti€ém can dirng va ti€ém can ngang?

®. 4. ®. 2. ©. 3. ®. 1.
Loi gidi

Chgn C

Tap xac dinh ham s6 D = (=003 —1) U (1;+0).

o hutps v facchoohcomsicigeld

1+l

=1. D6 thi o tiém can ngang y =1.

Tacod lim y= lim
X—>+0 X—>+0

T2
X

Tuong ty lim y =—1 = d5 thi c6 tiém cén ngang 1a y=—1.

X—>—0

Taco: lim(x+1)=2>0; limvx*-1=0 va vx’-1>0, Vx>1 nén lim y =+w
x—-1" x—1* x—1*

9\ N —=
SO



iz Quang

Thuén — Ba D6n — QB TOAN CANH CHUYEN VINH 2016 - 2021

Cau 125:

Cau 126:

Cau 127:

— d0 thi c6 tiém can dting x =1.

lim y = lim (— /x—“Jzo.
x—>—1" x—>-1" X —1

Két luan: D6 thi ham so c6 tat ca 3 duong ti€ém can gom tiém can diing va ngang.

(Céu 21 - Chuyén Vinh - Lan 1 - Niam 2017 - 2018) D6 thi ham sé y =

x =1
nhiéu ti€ém can dirng va ti€ém can ngang?
®. 1 ®. 3 ©. 2 ©. 4
Loi giai
Chon B
x+1 x+1 I+ .
Tacé: lim N = lim = lim xl =1= y =1 1a duong tiém cén ngang.
xX—>+00 X _1 xX—>+00 1 X—>+00 \/
x|, [1-— I-—
- !
x+1 x+1 I+ .
lim ? = lim ————= lim —xl =—-1= y =-1 la dudng tiém can ngang.
xX—>—00 X _1 X—>—0 1 X—>—00
|)C| 1- ? T4 ’1 - ?
lim—"L — oo = x =1 1a duong tiém cdn dimg. Vay d thi ham s da cho c6 t4t ca 3 tiém

x—l1" ’Xz -1

can dung va tiém can ngang

(CAu 2 - Chuyén Vinh - Lin 4 - Niim 2016 - 2017) Cho ham sé y = 1
X+

Ménh dé nao sau day sai?

®. (C) c6 ti€ém can ngang la y =-2. ®. (C) c6 hai tiém can.

©. (C) c6 tiém can ngang la y=-1. ©. (C) c6 tiém can dung.
Loi giai

Chon C

Ham s0 c6 tiém can dung x =—1 va tiém can ngang y =-2.

(Cau 37 - Chuyén Vinh - Lan 3 - Niam 2016 - 2017) Tt ca cac dudng tiém cén ciia dd thi

x—+x*—4

hamsd y=————— 1a

4 x*—4x+3
®. y=1va x=3. ®. y=0, y=1va x=3.
©. y=0,x=1va x=3. ®. y=0va x=3.

¢o tat ca bao

¢ db thi (C).

)

uA waTySuwenIyyuainy/:sdyy (

Prebrvywesagpavt aveay sdimy my



&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

Loi giai
Chon D
TXD : D:(—oo;—Z)U(Z; 3)U(3;+oo)
r 2 X =

Xétpt: x" —4x+3=0<
: =
>
QEJ . x—Nx -4 .
o lim —————=+00 = x =3 la tiém can dimng.
"ED =3 xT—4x+3
§
g ; P
ol . X -4 . x2
< lim lim =0;
= o0 xT—4x+3 o (1 4 3]
o ot
g\ X X
= L ox—Ax' -4 4
o lim — =lim =0
& e X0 —4x+3 Hw(x2—4x+3)(x+\/x2—4)
=
— = y =0 la tiém can ngang.

Céu 128: (Cau 5 - Chuyén Vinh - Lan 2 - Niim 2016 - 2017) Cho ham s6 y :il c6 do thila (C).
X+

Ménh dé nao sau day la ding?

®. (C) co tiém can ngang la y =3. ®. (C) chi c6 mot ti€m can.

©. (C) ¢6 tiém can ngang 1a y =0. ©. (C) c6 tiém can dimg la x=1.

Loi giai
Chgn C
y= il = lim y=0= y=0 la duong tiém can ngang cua do thi ham so.

x—>*to0

129: (C4u 36 - Chuyén Vinh - Lan 4 - Nam 2016 - 2017) Tim tit ca cc gia tri ciia tham sb a dé
_ 2
43 thi ham sé y =2 V¥ *1
Nax* +2
®. a=0. ®. a<0. ©. a=1hoic a=4. ©. a>0.

Loi giai

Cau

co tiém can ngang.

o hutps v facchoohcomsicigeld

Chgn A

biéu kién: ax*+2>0
+THI: a=0. Ta co: y—i(x— X +1)
(a=0 Tack: y=—

=0 nénco TCN: y=0

limy—hm—( —x*+ ) lim —
X—>+00 x%+oo\/_ X%+w\/§x+4/x +

A N —=
‘\J\f/\,/) \\%/




i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021

Cau 130:

Cau 131:

+TH2: a>0.Suyra: ax’+2>0 v6imoi xeR. Do d6: TXD: D=R

2
x—vx +1 x .
Ta cd: y =———— c06 bac tit < bdc mau nén lim y = const nén c6 TCN.

X—>0

ax® +2
+ TH3: a<0. Suy ra: —,/——<x<,/ . Do do6: TXb: D= [ /—— /——J nén d6 thi ham P
i =
A ¥ J
s6 khong c6 TCN.

Vay a >0.

(Céu 34 - Chuyén Vinh - Lan 2 - Niam 2016 - 2017) Tim tit ca cac gia tri cia tham s6 a dé

2

X e X X +a P \ oA A
d6 thi ham s6 y =— - €0 3 dudng ti¢m can.
X +ax
®. a#0,a#=*l. ®. a#0,a=-1. ©. a<0,a#=-1. ®. a>0.

Loi giai
Chon B
Ham s6 ¢o tap xac dinh 1a D =R\ {0, —a}
2
. . X" +4a
Taco lim y = lim ——
x—>to0 x—>to0 X +ax
X’ +a 2
Dé ham s ¥ =——— ¢0 hai tiém cin dung thi a # 0 va (—a) +a;t0:>{
X +ax’

=0nén y =0 la mot ti€m can ngang.

az0
a#-1

(Cau 36 - Chuyén Vinh - Lan 1 - Nam 2016 - 2017) Cac gia tri cia tham s a dé dd thj ham
s& y=ax++4x> +1 co tiém can ngang la:

®. a=+2. ®. a=-2 Véa=%. ©. a=+1. ®. a=%-.

Loi giai

* lim (ax+\/4x2 +1):+oo

X—>+00

* lim (ax+\/4x +1)

X—>—0

) (412—4)x2 1 4)X—* . . '
= lim = hm viy dé& lim (ax+\/ 4x’ +1) khong ton tai thi
X—>—00 ax — 4x +1 X—>—0 4 l X—>—0
+7
X

a’-4=0=a=2 (do a>0)
a’—4=0

léhﬁ'uhankhi{ =a=-2.
a#?2

£
£
Chon A %
£

uA waTySuwenIyyuainy/:sdyy (



gz Quang Thuan — Ba bon — QB

“Thanh céng la néi khéng véi ludi biéng”

TH2: a <0: Trinh bay tuong tu ta dugc a =-2

TH3: a=0:

lim V4x* +1 =40 nénloai a =0.

Vay céc gia tri thoa man la: g =£2.

PP tric nghiém
y=ax+v4x’+1 > ax+2|x|=(a+2)x
*Néu a-2#0= y — %
*Néua-2=0=a=%2 thi y >0

Vay cac gia tri thoa man la: a = £2.

) https://luyenthitracnghiem.vn

im"ll
iy

o hutps v facchoohcomsicigeld

a0
o~ 73 < kY
{ ) N ‘%/,&/77

\_/\,/—/\ -



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021

[ BAI 5: KHAO SAT SU BIEN THIEN VA VE PO THI CUA HAM SO J

Céu 132: (C4u 17 - PTP Chuyén Vinh - Lan 2 - Niam 2019 - 2020) DPudng cong trong hinh bén 13 db
thi ciia mot trong bén ham sb nao sau day?

uh

//.\, AN
|

®. y=—x"+2x". ®. y=x*-2x". ©. y=—x"+2x. ©.

y=x +2x"—x-1.

Loi giai
Chon A

Tir d6 thi ta c6 ddy la d6 thi ham s6 bac4 tring phuong véi hé s6 a < 0.

Céu 133: (Cau 18 - PTP Chuyén Vinh - Lan 2 - Nam 2019 - 2020) D5 thi hinh dudi diy 1 ciia ham sb

nao?
Ay
1
-3 -1 0 \1 @
—1
-2
= —x+1 —2x+1 —x+2
®. y=—%, ® y=**1 ©. y=22xt1 © y=2*%
x+1 x+1 2x+1 x+1
Loi giai
Chon B

Dua vao hinh vé:
D6 thi ham s6 co tiém can dimg 1a x =—1. Vay loai phuong an C
Db thi ham s6 cit truc hoanh tai diém c6 hoanh d6 x =1. Vay loai phwong an A, D

Viy ta chon phuong an B

v

uA waTySuwenIyyuainy/:sdyy '||

PrebrvyweeanIvt aveay, vdimy my



gz Quang Thuan — Ba bon — QB

“Thanh céng la néi khéng véi ludi biéng”

Céu 134: (Ciu 14 - Chuyén Vinh - Lan 2 - Nam 2019 - 2020) Hinh bén 13 d6 thj ctia ham s6 nao duéi

day?

®. y=x*-2x"-1.

Chon D

Ta théy dd thi ham sb nhén truc

PO thi ham so ¢6 3 diém cuec tri

) https://luyenthitracnghiem.vn

I""Il
iy

x—>to0

I

Chondap an D.

®. y=—x4—2x2—1. ©. y:x3—x2+x—1_ O. y=—x4+2x2—1.

Loi giai

Oy 1am truc d6i ximg =>loai dap 4n C .

=loai dap an B.

Tir @6 thi ham s6 ta thdy lim y =—c0 =>loai dap 4n A .

Céu 135: (Céu 13 - Chuyén Vinh - Lan 1 - Niam 2019 - 2020) D5 thi ctia ham sb nao dudi day c6 dang

nhu duong cong & hinh bén?

o hutps v facchoohcomsicigeld

Chon B

0]

_1]
®. y=-x*+6x"-1. ®. y=
©.y=x4—6x2—1. @.yz

It recscecesam==

X —6x*+9x—1.
X —6x*+9x+1.

Loi giai

Db thi ham sb khong dbi ximg qua tryc tung nén ham s6 khong phai 1a ham s chén, suy ra loai

dap an A4,C.

D6 thi ham sd cét truc tung tai diém (0;— 1) nén suy ra chon dép an B.

BN ?;/;77

S



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021
Céu 136: (CAu 16 - Chuyén Vinh - Lan 1 - Nim 2019 - 2020) Cho ham sé y = f(x) lién tyc trén R va

c6 bang bién thién nhu hinh bén. Phuong trinh £ (x)—2=0 ¢6 bao nhiéu nghiém?

z | —oo 0 1 2 +00
Y - o + 0o - 0 + &
+o0 +o00
3
Y
\ 1/ \ /
0
®. 2 ®. 3 ©. 1 ®. 4
Loi giai

Chon D

Tacd f(x)-2=0< f(x)=2.

S6 nghiém cua pt 1a sb giao diém ciia dd thi y = f(x)va duong thing y =2

uA waTySuwenIyyuainy/:sdyy '||

r | —oo 0 1 2 +oo

y - 0o+ 0 - 0 +

+o0 +
~. _rs'-\ rd
~— T
0

Nhin bang bién thién suy ra 4 nghiém.

>0

Céu 137: (C4u 7 - Chuyén Vinh - Lan 1 - Nim 2018 - 2019) Dudng cong trong hinh v& 1a dd thi cta
ham s6 nao dudi day?

PrebrvyweeagpIvt avay vdimy my

+1 -1

®. == bl ®. y=x—. ©. y=x—. ©. W= =2 =l
x—1 x+1

Loi giai
Chon B
R U \ A 1x aA s 1x £ ax+b . C 4 s
Dua vao dang d0 thi, duong cong trén 1a do thi ham s y = . Do do6loai dap an A, D
cx+

Mat khac: dang dd thi cho ta biét ham s6 nghich bién trén hai khoang.

ey

N



&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

. -1 .
Vérly=x—. Ta cé:y'=ﬁ>0 nén loai dap an C, Vay chon B
x+1

Céu 138: (Céu 8 - Chuyén Vinh - Lan 3 - Nim 2017 - 2018) Cho ham s6 y = f(x) xac dinh, lién tuc

trén R va c6 bang bién thién nhu hinh bén. D4 thi ham s6 y = f(x) cdt duong thing

S y =-2018 tai bao nhiéu diém?
£ x| - -1 0 1 o0
—ED ¥ + 0 - 0 + 0 -
3] v 3 3
< ]
2 / \‘ -1 / \
[<F]
)
= ®. 2. ®. 4. ©. 1. ®. 0.
~~
2
= Loi giai
<=
= Chon A
- x | —= -1 0 1 o0
v + 0 - 0 + 0 -
y

3 3
_:,:/ T~ \_ﬂ

Céu 139: Dya vao bang bién thién ciia ham sb y = f(x), ta c6 d0 thi ham s6 y = f(x) cit dudng thing
y=-2018 tai 2 diém.
(Cau 7 - Chuyén Vinh - Lan 2 - Nam 2020 - 2021) D6 thi trong hinh v& bén 1a d thi ctia ham
sb nao dudi day?

YR

o hutps v facchoohcomsicigeld

®. y=2x*-4x*+1. ®. y=x’+2x+1. ©. y=x*-2x*+1. @ y=—x*+2x"+1.

Loi giai
Chon A
Do thi ham sé nhan Oy lam truc dbi xung, lirin y=+0c0.

D6 thi ham sé di qua céc diém (L,—1) va (—L—1)

(ﬁq\) W

RPN



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021

Céu 140: (Cau 12 - Chuyén Vinh - Lan 2 - N&im 2020 - 2021) D6 thj ham s y :(x2 —1)(x+1)2 cat tryc

hoanh tai bao nhiéu diém phan biét?

®. 2. ®. 4. ©. 1. ®. 3.
Loi gidi
Chon A

Phuong trinh hoanh d¢ giao diém cta ham sb y = (x2 - 1)(x + 1)2 va truc hoanh

(xz—l)(x+1) =0 5 = x=—1<:>[ .
(x+1) =0 X

x=-1

Vay d6 thi ham sé y = (x2 - 1)(x +1)* céit truc hoanh tai hai diém phan biét.

Céu 141: (C4u 17 - Chuyén Vinh - Lén 1 - Niim 2020 - 2021) Cho him s6 y = f(x) c6 @0 thi nhu hinh
bén. Hoi phuong trinh 2 f (x) =5 ¢6 bao nhiéu nghiém trén doan [—1;2] ?

AZ

Chon B

=y

Ta co 2f(x)=5<:>f(x)=§.
S6 nghiém cua phuong trinh f (x) =§ trén doan [—1;2] 1a sé giao diém cua duong thing

y=% va do thi ham s6 y = f'(x) trén doan [-1;2].

)

uA waTySuwenIyyuainy/:sdyy (

PrebrvyweeagpIvt avay vdimy my
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) https://luyenthitracnghiem.vn

i"l‘"‘
iy

o hutps v facchoohcomsicigeld

&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

Duya vao d0 thi ta thdy duong thiang y =% cit d6 thi ham s6 y = f (x) tai 2 diém trén doan
[-1;2].
Vay Héi phuong trinh 2f(x) =5 c6 bao 2 nghiém trén doan [—1;2].

CAu 142: (Cau 20 - Chuyén Vinh - Lan 1 - Niim 2020 - 2021) Cho ham s6 bac ba y = f(x)c6 do thi

nhu hinh v&. Phuong trinh f (xz) +1=0 c6 bao nhiéu nghiém?

®. 6. ®. 3. ©. 4. ®. 2.

Chon C

/
—
o

[

Taco: f(x*)+1=0< f(x*)=-1.

it x* = t(t > 0). Khi d6 ta c6 phuong trinh f(t) =—1. Tir d thi thay duong thang y =—1 cat
d6 thi (mién ¢>0) tai 2 diém phan biéts c6 hoanh d6 dwong tuong tng v&i 4 nghiém x phan

biét. Suy ra phuong trinh da cho c6 4 nghi¢m.

Céu 143: (CAu 27 - Chuyén Vinh - Lan 1 - Nim 2020 - 2021) Cho ham sé f(x)=~/3x+1. H¢ sb goc

clia tiép tuyén v6i do thi ham sb da cho tai diém c6 hoanh d6 x =1bang
3 3 1

®. =. ®. =. ©. -. ®. 2.
2 4 4

Loi giai

Chon B




i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021

X < A A e FA 1 A 3~ [RFEY'S 7 \ A \ 3
Hg s6 goc cua tiép tuyen voi do thi ham so da cho tai diém c6 hoanh d§ x=11a f '(1) =7

Céu 144: (Cau 11 - Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho ham s6 y = f'(x) lién tuc trén R va

¢6 bang bién thién nhu hinh v& bén

T | —© 0 2 4 +00
Y = + o - 0 +

y +w\1/3\1/3

S6 nghiém cua phuong trinh f (x) =31a

)

uA waTySuwenIyyuainy/:sdyy (

®. 3. ®. 1. ©. 4. ®. 2.
Loi giai
Chon D
T |—oo 0 2 4 +00
Y - H + 0 - 0 +
—+00
1 1

S6 nghiém cua phuong trinh f(x) =3 bang s6 giao diém cia d6 thi ham s6 yzf(x) va
duong thang y=3.
Duya vao bang bién thién ta thiy do thi ham s6 y = f (x) va duong thang y =3 c6 hai diém

chung nén phuong trinh f (x) =3 c6 hai nghiém.

Cau 145: (Ciu 26 - Chuyén Vinh - Lan 1 - Niam 2019 - 2020) Cho ham s y = ax* +bx* +¢ ¢6 d0 thi
nhu hinh duéi. Khang dinh nao dudi day sai?

& 7

2

A

®. ¢<0. ®. a>0. ©. b>0. ®. a+b+c<0.

PrebrvyweeagpIvt avay vdimy my

Loi giai

Chon C

ey

N



&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

oA i1 X a>0
Tur d6 thi ham so0 suy ra =b<0
ab<0

Do d6 B 1a dap an sai.

CAau 146: (Cau 7 - Chuyén Vinh - Lén 3 - Niam 2018 - 2019) Hinh bén 1a d6 thi ciia ham s ndo sau
day?

) https://luyenthitracnghiem.vn

im"ll
iy

I

@-y:x2—2- -y:x4+x2—2~ ©-y:x4—x2—2~ @-y:x2+x—2~

Loi giai
Chon B

Do thi qua cit Ox tai A(I;O), B(—I;O).

% Céu 147: (Cau 9 - Chuyén Vinh - Lan 2 - Nim 2018 - 2019) Puong cong hinh bén 13 ciia d6 thi nao dudi
day?
5 ¥ |
: A,
' of + \sf
1 I X
1 \J -
~
§ ®. y=x’-5x"+8x-1. ®. y=x-6x"+9x+1.
f ©. y=-x*+6x*-9x-1. @ y=x"-6x>+9x-1.
Loi giai
Chon D

Dya vao hinh dang dd thi dd cho ta thdy d6 thi 1a d6 thi cia ham sd bac ba
y=ax’+bx* +cx+d c6hé sb a>0,nén taloai phuong &n ~ ©.
Do thi ham sd cit truc Oy tai diém c6 toa d6 M (0 ;= 1) , nén ta loai phuong an ®.

PO thi ham so ¢6 hai diém cuctri x =1, x =3.

e
BN —=
5 %/

S




gz Quang Thuan — Ba bon — QB

TOAN CANH CHUYEN VINH 2016 - 2021

Xét phuong an A c6: y'=3x" -10x+8=0 <

x
Xétphuong an D cod: y'=3x*-12x+9=0 <

Ciu 148: (Céu 28 - Chuyén Vinh - Lin 3 - Nam 2017 - 2018) Cho cac him s y = f(x) va y=g(x)

lién tuc trén moi khodng xac dinh cua chiing va c6 bang bién thién duoc cho nhu hinh vé& dudi

(x=2
x_

3

x=3

4 , nén ta loai phuong 4n @®.

, nén ta chon phuong 4n ©.

.

day
x . e x —x 0 +ao
f'(x) - g'(x) - -
+a
f x +x
[ j \ 0 g (x] 0 \ ““-‘__‘ 0

Ménh dé nao sau day sai?

®. Phuong trinh f (x) = g(x) khong c6 nghiém thudc khoang (—0;0).

uA waTySuwenIyyuainy/:sdyy (

®. Phuong trinh £ (x)+g(x)=m c6 2 nghiém v6i moi m >0.

©. Phuong trinh £ (x)+g(x)=m c6 nghiém véi moi m .

©. Phuong trinh £ (x)=g(x)—1 khong c6 nghiém.

Loi giai

Chon D

Trong khoang (-;0), tacd f(x)>0,g(x)<0 nén phuong trinh f'(x)=g(x) vd nghiém

suy ra A dang.

bat h(x)=f(x)+g(x)='(x)=f"(x)+g'(x)<0,vx=0. Ta c6 bang bién thién nhu sau.

Tir bang bién thién ta c6 B, C diing.

PrebrvyweeagpIvt avay vdimy my

+00

—00

Xét trén khoang (0;+00), ta c6 bang bién thién

+oo\

ey
" ‘?\‘/}\@/\7 (—J\f,m/>



&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

X 0 +00 X 0 +00

f(x) Yo \0 g(x)—l +m\_l

Suy ra phuong trinh £ (x)=g(x)—1 c6 it nhdt mot nghiém. Vay D sai.

Céu 149: (Ciu 6 - Chuyén Vinh - Lan 2 - Niam 2017 - 2018) Puong cong trong hinh v& bén 1a db thi

cua mot trong bon ham so sau. Héi d6 1a do thi ctiia ham so nao?

\

) https://luyenthitracnghiem.vn

O] 1 2 T
-2 -2 +2 +2
®. y=2"2. ®. y=2"2. ©. y=2<. @ y=2*<.
x+1 x—1 x—2 x—1
Loi giai
Chon B
D6 thi ham s6 c6 TCD x =1 nén loai dap 4n A va ©.

D6 thi ham s6 cét truc Oy tai diém (0;2) néntaloai  ©.

Céu 150: (Céu 11 - Chuyén Vinh - Lan 1 - Nim 2017 - 2018) Duong cong & hinh bén 13 d6 thi ciia ham

s0 nao sau day?

\/O\V I
®. y=x>-3x+1 ®. y=x"-3x>+1 ©. y=—x"+3x+1

Loi giai

o hutps v facchoohcomsicigeld

©. y=x"-3x"+1

Chon B

Day 1a d6 thi ham sé trung phuong véi hé sba > 0.

J’}/ié\\> = /77

c

NN -



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021
Céu 151: (Céu 5 - Chuyén Vinh - Lan 4 - Niam 2016 - 2017) Hinh v& bén 13 d6 thi cia mét trong bdn

ham s duoc liét ké boi cac phuong an A, B, C, D dudi ddy. Ham s d6 1a ham s6 nao?

v

@ y=x'+x"—x-1. ® y=—2"+x +2x-1.
©. y=x'-x*+x-1. @ y=—x+x"+x-1.

Loi gidi

uA waTySuwenIyyuainy/:sdyy (

Chon D
Dua vao d6 thi, ta co a <0loai cdu A va C
Thay x =1vao cau D ta dugc y =0 dang.

Ciu 152: (C4u 8 - Chuyén Vinh - Lan 3 - Nim 2016 - 2017) S6 giao diém cua d6 thi hai ham s

y=x-3x"+3x-1va y=x"—x-11a
®. 3. ®. 1. ©. o. ©. 2.

Loi giai
Chon D
Ta c6 phuong trinh hoanh d6 giao diém:

x=0

x3—3x2+3x—1=x2—x—1<:>x3’—4x2+4x=0<:>x(x—2)2 =0<:>{ 5

X

Céu 153: (Céu 32 - Chuyén Vinh - Lan 3 - Nam 2016 - 2017) Cho ham s6 y = ax* +bx* +¢ c6 db thi

PrebrvyweeagpIvt avay vdimy my

nhu hinh v& bén. Khang dinh nao sau day dung?

=

\/ T

vl

N
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&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

®. a>0,b<0,c<0. ®.a<0,b>0,¢>0.0. a>0,b>0,¢>0.D. a>0,b<0,c>0.
Loi giai

Chon D

Day 1a d6 thi cua ham s tring phuong c¢6 ba cuc trinén ¢ va b trai dau, a >0 nén b<0.

Véi x =0 db thi cat truc tung tai diém nam phia trén truc Ox nén ¢>0.

Céu 154: (Cau 10 - Chuyén Vinh - Lan 2 - Nim 2016 - 2017) Cho ham s6 y = f(x) c6 @6 thi nhur hinh

v& bén. Biét rang f(x)1a mot trong bdn phwong 4n A, B, C, D dwa ra dudi ddy. Tim f(x).
Ay

c
“Y

®. fx)=x*-2x*. ®. f(x)=x"+2x%.
©. f(x)=—x4+2x2—1. ©. f(x)z—x4+2x2.

Loi giai
Chon D

a.b < 0 N . ’ L2 . . X e g 4 A
Ta co: { nén do thi ham s6 c6 mot cuc tieu va hai cuc dai, dong thoi di qua goc toa do.
c=

Céu 155: (C4u 26 - Chuyén Vinh - Lan 2 - Niam 2016 - 2017) Tim tit c4 c4c gi4 trj cia tham s m dé

duong thang y =2x+1 cit d6 thi ham sé y = x+r1n'
x—
®. —§<m¢—1. .mZ—z. ©. —ESm;t—l. @.m>—é.
2 2 2 2

Loi giai
Chon C
Voi x#1.
Phuong trinh hoanh d6 giao diém cta duong thang y=2x+1 va do thi ham s6 y = x+z:z la:

x_

XM x+les xtm=(2x+1)(x—1) & 22% ~2x—m—1=0.(x%1)
x—
Puong thing y = 2x+1 céit d thi ham sb y = ’1“

x—

< phuong trinh 2x* —2x—m—1=0 c6 nghiém x # 1

A0 1=2(-m-1)20 |m>-2
222 m-1#0"" |m%—1
m=—1

185\\

AN

%7



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021

Chu 156: (CAu 24 - Chuyén Vinh - LAn 1 - Nim 2016 - 2017) Hinh v& bén 1a d4 thi ham tring phuong.

Gia tri m dé phuong trinh | f (x)| =m c6 4 nghi€ém d6i mot khac nhau la:

Y

)

ST
/ﬁ—‘

®. 3<m<]1. ®. m=0. ©.m=0,m=3. ®. 1<m<3.

Loi giai

Chgn C

Do thi y=|f (x)| la:

uA waTySuwenIyyuainy/:sdyy (

Phuong trinh c6 4 nghiém phan bi¢t < m =0 hodc m=3.

Céu 157: (Cau 31 - Chuyén Vinh - Lan 1 - Nim 2016 - 2017) Hinh v& bén 1a d6 thi ciia ham s

PrebrvyweeagpIvt avay vdimy my

_ax+b
cx+d
y
el
o X

Ménh dé nao sau ddy la ding:

®. bd <0, ab>0. ®. ad >0, ab<0. ©. bd>0, ad>0. ©. ab<0, ad<0.
Loi gidi

Chon B

ey
~ ‘%7 (—J\f,m/>



&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

Do thi cét truc Ox tai diém (_—b;O).
a

Ta co _—b>0:>ab<0
a

Mit khac TCN y=250,
C

TCD x:i<0:>ad>0.
C

Ciu 158: (Ciu 41 - Chuyén Vinh - Lin 1 - Nim 2016 - 2017) Cho db thi (C) c6 phuong trinh

) https://luyenthitracnghiem.vn

y= xX+2 , biét réng dd thi ham sb y=f(x) doi xung voi (C) qua truc tung. Khi d6 f(x) la
x_
-2 +2 +2 —2
®. f(x)=-= ® f=—"=. © f)== ©. fx)=""=.
x+1 x—1 x+1 x+1
Loi gidi
Chon D
" . , -x+2 x-2
Cau 159: Goi M (x;y)e f(x)= N(-x;)e(C),tacod y= =
—Xx— x+

(Céu 32 - Chuyén Vinh - Lin 2 - Niim 2020 - 2021) Cho ham sé y = f(x) lién tuc trén tap
xac dinh (—00;2] va c6 bang bién thién nhu hinh v& bén. Cé bao nhiéu sé nguyén m dé

phuong trinh f (x) =m c6 dung hai nghiém phan biét?

N

o hutps v facchoohcomsicigeld

®. 2. ®. 3. ©. 1. ®@. 0.
Loi giai
Chgn A
Xét phuong trinh f (x) = m : Pay la phuong trinh hoanh d9 giao diém giita 46 thi y = f (x) va
duong thang nim ngang y =m.
5 -1
Theo dé: f (x) =m c6 dung hai nghiém phan biét khi va chi khi " .

m=2

Vg
BTN ——=
(@ %/

S



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021
Vay ¢6 2 sd nguyén m thoa dé bai.

x+3
va
VX +3

f(x), trong d6 d6 thi ham s6 y = f(x)nhu hinh bén duéi. Hoi c6 bao nhiéu sé nguyén m dé

Chu 160: (CAu 44 - Chuyén Vinh - Lin 1 - Nim 2020 - 2021) Cho hai ham s u(x)=

phuong trinh £ (u (x)) =mc6 diing 3nghiém phan biét?

£
L. ER
-
T—
=
oy
ae
'
~
.
c
<«
s h 5 o
o}
-
=
:o
H
o
o
=}
0)°]
=.
®. 4. ®. 3. ©. 2. @. 1. '5°
Loi giai g
Chon B
Déttzu(x)z X+3

Vxt+3

Taco lim u(x) ==+1

x—>too

2 243-y2 =
Xét u'(x) = X3 X HITN I oo

X +3 (x2+3)\/x2+3

2
w(x) \
1

Do do t e (—1;2]

_|_

]

|
prebowyweryeegpIol iy /sy =

Khi 6, f (u(x))=m c6 dung 3 nghiém phan biét khi va chi khi f(¢)=m,te(-1;2] c6 2
1, €(0:1]

-3;0 -2;-1;0¢.
Z26(1;2):>me( |=>mef }

nghi¢m ¢ thoa {

ey

N
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Céu 161: (Ciu 36 - Chuyén Vinh - Lan 2 - Nam 2019 - 2020) Cho ham s6 y = az® + bz®> + cz + d ¢6

@b thi nhu hinh bén. Ménh d& nao sau day sai?

y

—/0\/:,;

®. ab < 0. ®. be < 0. ©. ac < 0. ®. bd < 0.

Loi giai
Chon B
Tacod: y = az’ + bz’ +cx+d = y'=3ax’ +2bx+c
Tir d6 thi ta thay :
+ lim y=+0=a>0.

X—>+0
+ Ham s6 c6 hai diém cuc tri X5 X, nam vé hai cta phia tryc Oy = »' ¢6 hai nghiém X, X,
trai ddu = ac <0 . Vay C dung.
Coac<0,maa>0=c<0(1).

+ Tacod x, +x, =—§—b>0 (vi x,€(=2;0),x,=2 )= ab<0. Vay A ding.
a

Coab<0,maa>0=>b<0 (2).

Tu (1) va (2) suy ra bc > 0. Vay B sai, nén chon B.

+ D dung vi dd thi cat truc Oy tai diém nam phia trén tryc hoanh nén d >0, ma
b<0=bd <0.

Ciu 162: (Céu 36 - Chuyén Vinh - Lan 3 - Niim 2018 - 2019) Cho ham sé f(x)=(x-1)’~3x+3. D

o>

thi hinh bén la cia ham s6 ¢6 cong thirc

'| vk

e
(%]
N i I B
+ + &
]
|
e

S
Iy
L

3
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Cau 163:

®. y=—f(x+1)-1. ® y=—f(x+1)+1. © y=—f(x-1)-1. @ y=—f(x-1)+1,
Loi gidi
Chon B

Taco y=ax +bx +cx+d, Y =3ax +2bx+c

)

Tir d thi ta thdy do thi ham s6 c hai diém cyc tri 1a (—=1;—1),(1;3) nén

Y(=1)=0  (3¢-2h+c=0 b=0
y'(1)=0 3a+2b+c=0 a=-1
o o
y(_l):—l a-b+c+d=-1 c=3
y(1)=3 a+b+c+d=3 d=1

Tacs y=—x +3r+1=(~(x=1+1) +3(x-+1)=3)+1==f (x+1)+1

(Céu 34 - Chuyén Vinh - Lan 1 - Niim 2018 - 2019) Cho ham y = f(x) c6 @b thi nhu hinh

uA waTySuwenIyyuainy/:sdyy (

v& bén. C6 bao nhiéu s6 nguyén m dé phwong trinh f (x3 —3x) =m c6 6 nghiém phan biét

thudc doan [-1;2]?

®. 3 ®. 2 ©. 6 ®. 7
Loi giai

Chon B

Dit 1 =x* —3x, v6i x e[—1;2]ta co bang bién thién

x | -1 1 2

t' . 0 +

PrebrvyweeagpIvt avay vdimy my

Vi t e (—2;2]thi ¢6 2 nghiém x e[-1;2]
Dé phuong trinh ¢6 6 nghiém thi phuong trinh £ (1)=mco 3 nghiém ¢ e (-2;2]

Dua vao do thitacod m=0;m =1

o0

N
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“Thanh céng la néi khéng véi ludi biéng”

Ciu 164: (Ciu 37 - Chuyén Vinh - Lin 3 - Nam 2017 - 2018) Cho d thj (C):y

) https://luyenthitracnghiem.vn

| 'illl
i/

I

o hutps v facchoohcomsicigeld

E L g

hai tiép tuyén cta (C) song song véi nhau. Khodng céch 16n nhat giita d, va d,1a
®. 3. ®. 243. ©. 2. ®@. 2v2.
Loi giai
Chon C
x—1 1
Do (C):y=—,)(x)=— Vx=#0.

d,, d, 1a hai tiép tuyén cta (C) song song v6i nhau lan luot c6 cac hoanh do tiép diém 1a

A r ! ! 1 x1:x2
X, X, (X, #x,),nen ta co X)=yix, )& — =—— =X =—X,.
1> 42 ( 1 2) y( 1) y( 2) 2x12 2x22 Lﬁ:_xz 1 2
. -1 1
Goi M xl;xl— i N —xl;x‘Jr )
2x, 2x,
. x, —1 1 x, —1 1 x —1
PTTT d, tai M| x;-. 1y = X—x)+1t— x—x)—-y+——=0.
b (1 2x, J Y 2x12( ) 2x, 2x12( )=y 2x,
2
.., X 4
Khi @6 d(dl’dz) :d(N;dl) = 11 = ;
\/4+1 \/4x12+2
4x, X;

Ap dung BPT C6-Si ta c6 4x12+i222 /4x12.i2=4:>d(d,d)=#£i=2.
i i o f4x12+i2 2
X

Céu 165: (Céu 25 - Chuyén Vinh - Lan 2 - Nim 2017 - 2018) Cho ham sb c6 bang bién thién nhu hinh

VeE.

/
llr.-"
4
.,

S6 nghiém cua phuong trinh | f (x—1)| =2 1la

C.

®. 5. ®. 4. ©. 2. ®. 3.
Loi giai

Chon A

S

o1 K —

%)
- ~



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021

Tir bang bién thién ciia ham sé da cho ta suy ra bang bién thién ctia ham s y = | f(x- 1)| nhu

sau :

T —m a +1 x, +1 4

-1 x; +1 +x
+a 4 2 +x
0 0 0

Duya vao bang bién thién ta thiy phuong trinh | f(x- 1)| =2c¢6 5 nghiém.

.

Cau 166: (CAu 36 - Chuyén Vinh - LAn 2 - Nim 2017 - 2018) Cho ham 6 y = f(x) ¢6 db thi nhw hinh

v& bén. Tim sb gia tri nguyén cua m dé phwong trinh f (x2 - Zx) =m c6 ding 4 nghiém thuc

phan biét thuoc doan {—% ,%} .

~
)
\

uA waTySuwenIyyuainy/:sdyy (

®. 1. ®. 4. ©. 2. @. 3.

Loi giai

Chon C

bat t =x> -2x, xe{—g;z}
2°2

PrebrvyweeagpIvt avay vdimy my

Bang bién thién:
! 1 3
2
t - 0 +
N 2
4 -1 4

Duya vao bang bién thién = ¢ e {—1;%} .
Taco: f(x*=2x)=m (1) < f(t)=m (2).

Ta théy, voi mdi giatri t e (—l;%} ta tim dugc hai gia tri ctia x {—%,%} .

ey

N
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Do d6, phuong trinh (1) c6 4 nghiém thyc phén biét thudc {—é,z}

22

< Phuong trinh (2) c¢6 hai nghiém thyc phan biét thugc (—1;%}

< Dudng thing y=m cdt dd thi ham s6 y = f(¢) tai hai diém phén biét c6 hoanh d¢ thudc

(]

Duya vao do thi ta thiy c6 hai gia tri nguyén ciia m théa yéucaula m=3 va m=5.

Ciu 167: (CAu 40 - Chuyén Vinh - Lin 2 - Nim 2017 - 2018) THPT CHUYEN PHV NAM 2018

LAN 2) Cho ham s6 y=—x’+mx’ +mx+1 c6 40 thi (C). C6 bao nhiéu gié tri cia m dé tiép

tuyén c6 hé sé goc 16n nhét ctia (C) di qua gde toa dd O?
®. 2. ®. 1. ©. 3. ®. 4.
Loi giai
Chon B
mY m’ m’
Tacod y'=-3x"+2mx+m :—3(x—?j +? +m S? +m.

2
A M 5 . m s 1A A, X £ 1A m Ry H .
Dau bang xay ra khi x :?, khi d6 h¢ so goc tiep tuyeén la f '(xo) =?+m va ti€p tuyén co

m’ m 2m®  m?
dan =1 —x,)+ vy, ha =l —+ml|lx—— |+ +—+1
ang y = f'(x,)(x—x,)+, hay y (3 j( 3j T

3
Tiép tuyén qua O:}OZ—%-FI =>m=3.

Céu 168: (Cau 39 - Chuyén Vinh - Lan 1 - Niim 2017 - 2018) C6 bao nhiéu gi tri nguyén am cua a dé

dd thi ham sb y= X+ (a+ 10)x* —x +1 cit truc hoanh tai dtng mot diém?

®. 9 ®. 10 ©. 11 ©. 8
Loi giai

Chon B

Phuong trinh hoanh d6 giao dién x* +(a+10)x* —x+1=0

— 3 J—
<:>a+10=%x1 (vi x=0 khong 1a nghiém)
X
3
—x +x-1 11
Pt f(x)= ey
at f(x) = T
— 3_ —
Ta cé: f'(x):x—:c2
X

C.

S
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f'(x)=0=x=-1.

Bang bién thién:

x —o -1 0 +1

v + 0 - -

\
/
/

= = =

Yéu cau bai toan tvong dwong a+10>—-1<a>—11.

Suy ra c6 10 gia tri nguyén am cua a thoéa.
Ciu 169: (Cau 48 - Chuyén Vinh - Lin 1 - Niim 2017 - 2018) Cho db thi (C):y=x"-3x>. C6 bao
nhiéu s6 nguyén b e (~10;10) dé c6 ding mét tiép tuyén cua (C) di qua diém B(0;5)?

®. 2 ®. 9 ©. 17 ®. 16

Loi giai

uA'magqguamuqma&n[//:sdnq' #

Chon C

Phuong trinh duong thang (A) di qua B(0;6) va c6 hé sd géc k 1a y=kx+b.

Dé c6 ding mot tiép tuyén cta (C) di qua diém B(0;b)thi

X =3x =kx+b ) o
c6 1 nghiém
k=3x"-6x

=x' -3x" = (3x2 —6x)x+b c6 1 nghiém

Hay —2x° +3x° =b(*) c6 1 nghi¢m.

Xét ham s6 g(x) =-2x"+3x".

Tacd g'(x)=—6x"+6x=g'(x)=0= { ~  Tacd bang bién thién

PrebrvyweeagpIvt avay vdimy my

X | —oo 0 1 +00
V' — 0 + 0 -
+o0 1
Y
\ (/ \ B

. b
Dua vao bang bién thién ta c6 dé phuong trinh (*) co 1 nghiém thi L , ma
>

b e(—lO;lO),b e’

vl

N
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Chu 170: (Cau 39 - Chuyén Vinh - LAn 3 - Niim 2016 - 2017) Cho ham sé y = f(x) =

Suy ra b € {—9;—8;,~7;,—6;—5;,—4;-3;-2;—1;2;3;4;5;6,7;8;9} . Vay c6 17 gié tri b thoa man yéu
cau bai toan.

ax+b

¢ dd thi
CcX +

nhu hinh v& bén. Tat ca cac gia tri cia m dé phuong trinh | f (x)| =m c6 2 nghiém phan biét 1a

Y
2
//
1 —
o] 1 2 a

®. m>2 vam<I. ®. 0<m<lvam>1.0. m>2vam<1l. ©. 0<m<l.
Loi giai

Chon B

Duya vao do thi ta thay, do thi ham s6 c6

* Tiém cén dung x=1:>i=1:c=—d
c

* Tiém cén ngang y:1:>£:1:>a:c
c

- Di qua diém 4(0; 2):>2=§:>b=2d
- Pi qua diém B(2;0) = 0= 2ath =b=-2a
2c¢+d

Chona=1=c=1d=-1,b=2.

95

TN
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TOAN CANH CHUYEN VINH 2016 - 2021

Cau 171:

Cau 172:

Vay ham s6 f(x)zx_2

x—1
Ta co: y:|f(x)|:{

Khi d6 d6 thi gom 2 phan

+Phan 1: 1a phan d6 thi ham s§ y = f(x) ndm phia trén Ox .

+ Phan 2: 14 phan d6 thi ham sé y = f(x) ndm phia duéi Ox ldy ddi xtng qua Ox.

S6 nghiém ctia phwong trinh | £ (x)| = m 1a s6 giao diém ctia do thi ham s6 y = |f(x)| va duong

thing y=m.

Khi do, phuong trinh |f(x)| =m c0 2 nghiém phan biét khi va chi khi 0 <m <1 va m>1.

(Céu 45 - Chuyén Vinh - Lan 1 - Nim 2016 - 2017) Cho ham s6 f(x)=x’+x-2x+3.

Khing dinh nao sau day la ding?

(®. Hai phuong trinh f(x) =2017 va f(x—l) =2017 c6 cung s6 nghiém.

®. Ham s6 y = f(x—2017) khéng c6 cuec tri.

©. Hai phuong trinh f(x) =m va f(x—l) =m—1 c6 cung s6 nghiém v&i moi m .

©. Hai phuong trinh f(x) =m va f(x—l) =m+1 c6 cing s6 nghiém v&i moi m .
Loi giai

Chgn A

bat x—1=a . Khi d6 phuong trinh f(x—l) =2017 tr¢ thanh f(a) =2017.

Hay a la nghi¢ém cua phuong trinh f(x) =2017.

Ma phuong trinh x —1=a ludn c6 nghiém duy nhat véi moi s6 thuc a.

Pap an B sai vi do thi ham s§ y= f (x—2017) tao thanh qua phép tinh tién dd thi ham s

y=f(x).
Ma y :f(x) c6 hai cyc tri nén y =f(x—2017) phai co hai cuc tri.

Pap an C va D sai vi thir bang méy tinh khong thoa man.

(Céu 48 - Chuyén Vinh - Lan 2 - Nim 2020 - 2021) Cho ham s6 y = f(x) lién tyc trén R.

.

uA waTySuwenIyyuainy/:sdyy (
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&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

D0 thi ciia ham s6 y = f(1—x) duge cho trong hinh v& bén. C6 bao nhiéu gié tri nguyén cia

l1-x
f(m]'ﬁ'm

m dé phuong trinh =1 c6 dung 3 nghiém phan biét thudc [-1;1]?

.

®. 3. ®. 4. ©. 2. O 1
Loi giai
Chon A
Dua vao d0 thi c6 bang bién thién ctia ham s6 y = f (1 — x) nhu sau:
€T —0C —1 0 1 +o0
l—x2 |+o0 2 1 0 —00
3
f1—x) 1\ /
/ -2
— o0 — o0

Suy ra bang bién thién ciia ham s y = f'(x):

r |—oc 0 1 2 400
3
f(z) \ 1
/ L, \
50 —00
, X 1-x

Xét phuong trinh f(x+ 2) +m|=1, (x € [—1;1]) (*)

bit ¢ = I-x , (Ung véi 1 gi trj ¢ €[0;2] cho ta dung 1 gid tri x e [-1;1])

X+

(*) thanh: ‘f(t)+m‘:1 , te[O;Z] (1)
c{f(t)zl_m , tef0:2].

o hutps v facchoohcomsicigeld

f(t)=-1-m
Yéu cau bai toan <> (1) c6 ding 3 nghiém ¢ phéan biét thudc [0;2]
I<l-m<3
-2<-1-m<1 -2<m<0
=
-2<1-m<l1
dem=-2

Vay c6 3 gia tri nguyén cua m thoa.

m=1

C.

S



i, Quang Thuan — Ba Pon — QB TOAN CANH CHUYEN VINH 2016 - 2021
Ciu 173: (Ciu 83 - PTD Chuyén Vinh - Lin 2 - Niim 2019 - 2020) Cho ham sé y = f(x) x4c dinh

trén R va c6 do thi nhu hinh bén. C6 bao nhiéu gia tri nguyén ciia tham sb m dé phuong trinh:

f[4(sin6 x +cos’ x)] =m c6 nghiém.

v

®. 2. ®. 5.

Chon D

uA waTySuwenIyyuainy/:sdyy (

Dit ¢t = 4(sin6 x+cos’ x) = 4(1—%sin2 2x) =4-3sin’2x =1 €[1;4].
Do d6é phuong trinh ]‘[4(sin6 x+cos’ x)] =m cO6 nghiém <> phuong trinh f(t) =m cb
nghi¢m trén doan [1 ; 4] .

Duya vao d6 thi di cho ta thdy: phwong trinh f(t) =m c6 nghiém ¢ vo6i t e [1;4] S1<m<LS.
Vay me{1;2;3;4;5}.

Céu 174: (C4u 94 - PTP Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho ham s6 y = f(x) c6 d thi nhu

4-x

1+v5-x7

hinh bén. C6 bao nhiéu s6 nguyén m dé ham s6 y = \/[mer m’ +m’ +2m +l]f(x)

c6 tap xac dinh [-2;2]

vi

ol

®. 1. ®. 2. ©. 0. ®. 3

PrebrvyweeagpIvt avay vdimy my




&% Quang Thuan — Ba Pon — QB “Thanh céng la néi khéng véi luvi biéng”

Chon A
Cau 175: (Cau 95 - PTD Chuyén Vinh - Lan 2 - Nim 2019 - 2020) Cho ham s y = f(x) c6 d6 thi nhur
hinh  bén. S la tip cic s6 nguyén m dé bat phuong trinh

(m3.\/2x2—2x+4—mx+2m+3)( f()+2019/*°(x))20  nghiém ding véi  moi

x e[—2;2019). Téng cac phan tir cua S 1a

Y

TV

) https://luyenthitracnghiem.vn

®. 1. ®. 3. ©. 0. ©. 2
o ; Loi giai
Chgn A

Ciu 176: (Ciu 48 - Chuyén Vinh - Lan 2 - Niim 2019 - 2020) Cho ham s6 y = f(x) lién tuc trén R va

¢ d6 thi nhu hinh vé.

-2
C6 bao nhiéu gi4 tri nguyén ciia m dé phuong trinh f (‘x3 —3x‘) =m c6 dung 12 nghiém phan biét thude
doan [-2;2]?

®. 4. ®. 3. ©. 1. @. 2.

o hutps v facchoohcomsicigeld

Loi giai
Chon C

, VoI x € [—2;2].

Pbat t= ‘xS —3x
Ta thay ham s6 u (x)=x’—3x lién tyc trén doan [-2;2] va u' = 3x*-3; u'(x)=0e x==l1.

Bang bién thién:

ye
AR
Coo D =

RN NG - o
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TOAN CANH CHUYEN VINH 2016 - 2021

T —9 —3 -1 0 1 -3 2
0 +
2

N NN

Ta c6 nhéan xét:

Vé6i ¢ =0 thi phuong trinh ¢ = ‘x3 —3x‘ c6 3 nghiém phan biét;

Vi t =2 thi phuong trinh ¢ = ‘x3 —3x‘ c6 4 nghiém phan biét;

V6imoi £ €(0;2) thi phuong trinh 7= ‘x3 —3x‘ c6 6 nghiém phan biét.

Vi t = ‘x3 —3x‘ phuong trinh f(‘x3 —3x‘) =mthanh f(7)=m, (t € [0;2]) .

Dua vao d6 thi, ta c6 khi —2 <m <0 thi trén [0;2] phuong trinh

f(t)=m<:>

biét.

t=ae(0;2)

t=be(0;2)

VimeZ nén m=1.

, (a # b). Khi d6 phuong trinh f(‘x3 —3x‘) =m c6 12 nghi€ém phan

Céu 177: (Céu 48 - Chuyén Vinh - LAn 1 - Nam 2019 - 2020). Cho ham s y = f (=) lién tuc trén

R va c6 bang bién thién nhu hinh bén.

T |—o0 —2 0 2 +o0
+o0 1 +00
f(:.f:) \ /
-2
=1
’ . A I P 3\ 3 2 3 o &
Xac dinh s6 nghiém cta phuong trinh | f (:1: -3z ) = 5’ biet f (—4) =0.
®. 6. ®. 9. ©. 10. ®©. 11.
Loi gidi
Chon C

Theo Bai ra ta c6 Bang bién thién téng hop:

o

A
T

v

uA waTySuwenIyyuainy/:sdyy ‘||
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T

—QO

—+o0

2

2
x° — 3z

i

‘)

x® — 3z

i

Y=

Déthihémséy=‘f

) https://luyenthitracnghiem.vn

I""Il
iy

thiha‘lmséyz‘f(x

I

S6 nghiém cua pt ‘f (:E3 — 3:B2)

3 —3x2)

2 2 3 7
3 .
o A f \
\g/ \/-\/ x/ \VIAY
0 - \
\./ :‘20" \_\5/ ‘\“‘llll
-3
(:1:3 — 3:1:2) 12 phan nét lién.

3 . . . 5
=— (*) chinh 1a so giao diém cua dudng thang y = 5 va do

Nén tu BBT pt (*) c6 10 nghiém

Cau 178: (Céu 48 - Chuyén Vinh - Lén 1 - Niim 2018 - 2019) Cho ham s6 y = f(x) c6 dd thi nhu hinh

~

Ve.

o hutps v facchoohcomsicigeld

0] e

_2:

:

:

:

E--f.'-'._'.-::
-

C6 bao nhiéu sé nguyén m dé phwong trinh ; f [ + 1) +x = m ¢6 nghiém thudc doan [—2 2] ?

®. 11 ®. 9 ©. 8 ®. 10
Loi giai
Chon C
110\
C ~=

N //
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Cau 179:

Pit t=§+1,khi D<x<2thi0<1<2,

Phuong trinh da cho tr¢ thanh %f(t)+2t—2 =m <:>f(t)+6t—6 =3m.

Xét ham sb g(t)=f(t)+6t—6 trén doan [0;2].

Ta ¢o g'(t)=f’(t)+6. T d6 thi ham sb y=f(x) suy ra ham sb f(t) ddng bién trén

khoang (0;2) nén f'(¢)>0,Vre(0;2) =g'(¢)>0,Vr€(0;2) va g(0)=-10; g(2)=12.

Bang bién thién ctia ham s6 g(t) trén doan [0;2]

-10
Phuong trinh da cho c6 nghiém thudc doan [—2;2] khi va chi khi phuong trinh g(t) =3m ¢o

nghiém thudc doan [0;2] hay —10<3m<12 @—%Sm <4.

Mat khac m nguyén nén m e{—3;—2;—1;0;1;2;3;4} )
Vay c6 8 gia tri m thod man bai toan.
(Céu 49 - Chuyén Vinh - Lan 3 - Niam 2017 - 2018) Cho ham sb u(x) lién tuc trén doan

[0;5] va c6 bang bién thién nhu hinh v&. C6 bao nhiéu gia trj nguyén m dé phuong trinh

VBx +10=2x = mu (x) ¢6 nghiém trén doan [0;5]?

- 0 1 2 3 5
4
3
ulx) 3
! / \ 1
®. 6. ®. 4. ©. 5. ®. 3.
Loi giai

Chgn C

Theo bang bién thién ta co trén [0;5]thi 1<u(x)<4 (1),

)

uA waTySuwenIyyuainy/:sdyy (
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o hutps v facchoohcomsicigeld

Ta 06 Vv +T0-2x = ma(x) e B2 EN0 =20 _

u(x)
Xét ham sb f(x) =3x +4/10-2x trén [0;5]
Taco f'(x)= 3 2 f(x) =0 3VT0-2x =2Vx < 3(10-2x) = 4x & x =3,
2 202
Bang bién thién
I ] 1 2 3 D
fx) + + + 0 -

Do d6 ta co trén [0;5] thi 0<f(x) ( )

Tir (1) v (2) tacs {maxf( x)=f(3)=5 {mlnf(x):f(o):\/ﬁ
( =

minu(x)=u(3)=1 maxu (x)=u(0) =4
Do d6 @< S (x )<5V('Jri moi x €[0;5].
4 u(x)
Dé phuong trinh V3x +410-2x = mu (x) c6 nghiém trén doan [0;5] < phuong trinh
\/§+(—1§)_2x =m c6 nghiém trén doan [0;5] < @ <m<5.
u(x

Vi meZ nén me {1;2;3;4;5}.

110\

Kf/\,

=

“Thanh céng la néi khéng véi ludi biéng”
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