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A.  LÝ THUYẾT. 
1.  Định nghĩa: Cho hàm số xác định trên D  

 Số M  gọi là giá trị lớn nhất (GTLN) của hàm số  y f x  trên D   

      nếu
0 0

( )  

: ( )

f x M x D

x D f x M

  

  

, ta kí hiệu max ( ) .
x D

M f x


  

 Số m  gọi là giá trị nhỏ nhất (GTNN) của hàm số  y f x  trên D  

      nếu
0 0

( )  

: ( )

f x M x D

x D f x m

  

  

, ta kí hiệu min ( ) .
x D

m f x


 . 

Ví dụ 1. Tìm GTLN và GTNN của các hàm số sau: 

 1). 2 2 3  y x x .
  

2). 24 4 5   y x x .  
 

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

2.  Phương pháp chung tìm GTLN, GTNN của hàm số. 

 Để tìm GTLN, GTNN của hàm số  y f x  trên D  ta thực hiện các bước sau: 

Bước 1. Tìm tập xác định và tính đạo hàm 'y . 

Bước 2. Tìm các điểm mà tại đó đạo hàm triệt tiêu hoặc không tồn tại 

1

2
' 0

....





 



 n

x x

x x
y

x x

 

Bước 3. Lập bảng biến thiên và xét dấu.  
                Từ bảng biến thiên ta suy ra GTLN, GTNN. 

Ví dụ 2. Tìm Giá trị lớn nhất của hàm số 2 4y x x    trên khoảng  0;3 là : 

 A. 4 . B. 2 . C. 0 . D. 2 .  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

§BÀI 3.                 GIÁ TRỊ LỚN NHẤT, NHỎ NHẤT CỦA HÀM SỐ  
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

3. Chú ý:  

① Nếu hàm số  y f x  luôn tăng hoặc luôn giảm trên  ;a b  thì 

  
[a;b]

max ( ) max{ ( ), ( )};f x f a f b   

  
[a;b]
min ( ) min{ ( ), ( )}f x f a f b . 

Ví dụ 3. Biết rằng giá trị nhỏ nhất của hàm số 3 2 2( 1) 2    y x m x m  trên đoạn  0;2  bằng 7.  

Giá trị của tham số m  bằng 

 A. 3 m . B. 1 m . C. 7 m . D. 2 m . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Ví dụ 4. Gọi m  là giá trị để hàm số 
2

8






x m
y

x
 có giá trị nhỏ nhất trên  0; 3  bằng 2 .  

Mệnh đề nào sau đây là đúng? 

 A. 3 5 m .  B. 2 16m .  C. 5m . D. 5m . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

② Nếu hàm số  y f x  liên tục trên  ;a b  thì luôn có GTLN, GTNN trên đoạn đó và để tìm GTLN, 

GTNN ta làm như sau. 

 Bước 1: Tính 'y  và tìm các điểm 1 2,  ,..., nx x x  mà tại đó 'y  triệt tiêu hoặc hàm số không có đạo 

hàm. 

 Bước 2: Tính các giá trị 1 2( ), ( ),..., ( ), ( ), ( )nf x f x f x f a f b . 

  Khi đó 1
[ ; ]

max ( ) max{ ( ),..., ( ), ( ), ( )}n
x a b

f x f x f x f a f b


  

               
1

[ ; ]
min ( ) min{ ( ),..., ( ), ( ), ( )}n
x a b

f x f x f x f a f b


 . 

Ví dụ 5. Tìm giá trị lớn nhất của hàm số   3 22 2   f x x x x  trên đoạn  0;2 . 

 A. 

 
1max

0;2

y . B. 

 
0max

0;2

y . C. 

 
2max

0;2

 y . D. 

 

50
max

27
0;2

 y . 

Lời giải 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

③ Nếu hàm số  y f x   là hàm tuần hoàn chu kỳ T  thì để tìm GTLN, GTNN của nó trên D  ta chỉ 

cần tìm GTLN, GTNN  trên một đoạn nằm trong D có độ dài bằng T . 

Ví dụ 6. (Sở GD & ĐT Bắc Ninh 2020) Gọi M , m  lần lượt là giá lớn nhất, giá trị nhỏ nhất của hàm 

số 2018 2018sin cosy x x   trên . Khi đó: 

 A. 2M  ,
1008

1

2
m  .  B. 1M  , 

1009

1

2
m  .  

 C. 1M  , 0m  .  D. 1M  , 
1008

1

2
m  . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

④ Cho hàm số  y f x  xác định trên D . Khi đặt ẩn phụ ( )t u x , ta tìm được t E  với   x D , 

ta có   y g t  thì Max, Min của hàm f  trên D  chính là Max, Min của hàm g  trên E . 

Ví dụ 7. Tìm giá trị lớn nhất và nhỏ nhất của hàm số 4 2sin cos 2  y x x .  

 A. min 3y . B. 
11

min
4

y . C. min 3 y . D. 
11

min
2

y . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

⑤ Khi bài toán yêu cầu tìm giá trị lớn nhất, giá trị nhỏ nhất mà không nói trên tập nào thì ta hiểu 
là tìm GTLN, GTNN trên tập xác định của hàm số. 

Ví dụ 8. Tìm giá trị lớn nhất M  của hàm số 2 6 5   y x x . 

 A. 1M . B. 3M . C. 5M . D. 2M . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Ví dụ 9. Giá trị nhỏ nhất của hàm số 23 10  y x x  bằng. 

 A. 10 . B. 3 10 . C. 10 . D. 3 10 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

⑥ Ngoài phương pháp khảo sát để tìm Max, Min ta còn dùng phương pháp miền giá trị hay Bất 
đẳng thức để tìm Max, Min. 

Ví dụ 10. Tổng giá trị lớn nhất và giá trị nhỏ nhất của hàm số 
2sin cos 1

sin 2cos 3

x x
y

x x

 


 
 trên ;

2 2

  
 
 

  

 A. 
11

4
. B. 1. C. 

3

2
. D. 

1

4
. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

B. PHÂN DẠNG VÀ PHƯƠNG PHÁP GIẢI TOÁN.         
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DẠNG 1. Tìm giá trị lớn nhất, giá trị nhỏ nhất của hàm số trên đoạn  ;a b . 

1.  Phương pháp. 

Tìm 
[ , ][ , ]

max ( ), min ( )
x a bx a b

f x f x


 trên đoạn, ta có thể tiến hành một cách đơn giản hơn như sau: 

Bước 1. Tính ( )f x  và tìm các nghiệm 1 2,  ,  .,   nx x x  thuộc  ;a b  của phương trình ( ) 0. f x  
Bước 2. Tính 1 2( ), ( ),...., ( ), ( ), ( )nf x f x f x f a f b  và so sánh. 

Bước 3. Kết luận 1
[ ; ]

max ( ) max{ ( ),..., ( ), ( ), ( )}


 n
x a b

f x f x f x f a f b . 

                           1
[ ; ]

min ( ) min{ ( ),..., ( ), ( ), ( )}


 n
x a b

f x f x f x f a f b . 

Lưu ý: Đối với bài toán tìm 
[ , ][ , ]

max ( ), min ( )
x a bx a b

f x f x


 trên đoạn  ;a b  ta không lập bảng biến thiên 

2.  Bài tập minh họa. 

Bài tập 1. Tìm GTLN và GTNN của các hàm số sau: 

 1). 3 21 1
6 3 , [0;4]

3 2
    y x x x x .

 
2).  

3
6 24 1  y x x  trên đoạn  1;1 . 

 
Lời giải. 

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 2. Tìm GTLN và GTNN của các hàm số sau: 

 1). 2( 3) 2 3    y x x x .  2). 
245 20 2 3   y x x . 

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 3. Tìm GTLN và GTNN của  hàm số sau 
1 2 3 2

2 1 3 1

   


   

x x
y

x x
 trên  1;3 . 

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 4. Cho hai số thực ,x y  thoả mãn:   
0,  1

3

 


 

x y

x y
. Tìm giá trị nhỏ nhất, giá trị lớn nhất của 

biểu thức:  3 2 22 3 4 5    P x y x xy x . 

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

3.  Câu hỏi trắc nghiệm. 

Mức độ 1. Nhận biết 

Câu 1. Giá trị nhỏ nhất của hàm số 
3 3 5  y x x  trên đoạn  2;4  là: 

 A. 
 2; 4
min 3y . B. 

 2; 4
min 7y . C. 

 2; 4
min 5.y  D. 

 2; 4
min 0.y  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 2. Tìm giá trị lớn nhất M của hàm số 3 23 y x x  trên đoạn  1;1 .  

 A. 0M .  B. 2M . C. 4M . D. 2 M . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 3. Giá trị lớn nhất của hàm số   4 24 5  f x x x  trên đoạn  2;3  bằng 

 A. 50 . B. 5 . C. 1 . D. 122 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 4. Tìm giá trị nhỏ nhất m  của hàm số 4 2 13  y x x  trên đoạn  2;3 . 

 A. 
51

4
m . B. 

49

4
m . C. 13m . D. 

51

2
m . 

Lời giải 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 5. Giá trị lớn nhất của hàm số 4 22 2   y x x  trên  0;3  là 

 A. 2 . B. 61 . C. 3 . D. 61 . 

Lời giải 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 6. Xét hàm số 
1

2 1






x
y

x
 trên  0;1 . Khẳng định nào sau đây đúng? 

 A. 
 0;1

max 0y . B. 
 0;1

1
min

2
 y .  C. 

 0;1

1
min

2
y .  D. 

 0;1
max 1y . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 7. Giá trị nhỏ nhất của hàm số 
2 5 1 


x x

y
x

 trên đoạn 
1

;3
2

 
 
 

 là: 

 A. 3 . B. 
5

3
 . C. 

5

2
 . D. 1 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 8. Giá trị lớn nhất và giá trị nhỏ nhất của hàm số  
8

1 2
 


f x x

x
 trên đoạn  1;2  lần lượt là 

 A. 
11

3
; 

7

2
. B. 

11

3
; 

18

5
. C. 

13

3
; 

7

2
. D. 

18

5
; 

3

2
. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 9. Xét hàm số 
3

1
2

  


y x
x

 trên đoạn  1;1 . Mệnh đề nào sau đây đúng? 

 A. Hàm số có cực trị trên khoảng  1;1 .  

 B. Hàm số không có giá trị lớn nhất và giá trị nhỏ nhất trên đoạn  1;1 .  

 C. Hàm số đạt giá trị nhỏ nhất tại 1 x  và đạt giá trị lớn nhất tại 1x .  

 D. Hàm số nghịch biến trên đoạn  1;1 . 
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Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 10. Tìm giá trị lớn nhất của hàm số 2e  xy x  trên đoạn  0;1 . 

 A. 
 

2

0;1
max e



x

y . B. 
 0;1

max 2e



x

y . C. 
 0;1

max 1



x

y . D. 1 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 11. Giá trị nhỏ nhất của hàm số  
3

2
 


f x x

x
 trên đoạn  3; 6  bằng 

 A. 
27

4
. B. 2 3 . C. 6 . D. 2 3 2 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 12. Cho hàm số  y f x  có đạo hàm   2 1   f x x . Với các số thực dương a , b  thỏa mãn 

a b , giá trị nhỏ nhất của hàm số  f x  trên đoạn  ;a b  bằng 

 A.  f a . B.  f b . C.  f ab . D. 
2

 
 
 

a b
f . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 13. Cho hàm số 3 23 9 1   y x x x .  

Giá trị lớn nhất M  và giá trị nhỏ nhất m  của hàm số trên đoạn  0;4  là? 

 A. 28M , 4 m . B. 77M , 1m . C. 77M , 4 m . D. 28M , 1m  

Lời giải 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 14. Gọi M , m  lần lượt là giá trị lớn nhất và giá trị nhỏ nhất của hàm số  
2 1

1






x
f x

x
 trên 

đoạn  0;3 . Tính giá trị M m . 

 A. 
9

4
  M m . B. 3 M m . C.

 

9

4
 M m . D.

 

1

4
 M m .  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 15. Giá trị lớn nhất của hàm số 3 22 3 12 2   y x x x  trên đoạn  1;2  có giá trị là một số 

thuộc khoảng nào dưới đây? 

 A.  2;14 . B.  3;8 . C.  12;20 . D.  7;8 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 16. Gọi giá trị lớn nhất và giá trị nhỏ nhất của hàm số  
2 3 6

1

 




x x
f x

x
 trên đoạn  2;4  lần 

lượt là M , m . Tính . S M m  

 A. 6.S  B. 4.S  C. 7.S  D. 3.S  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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Câu 17. Tích của giá trị nhỏ nhất và giá trị lớn nhất của hàm số  
4

 f x x
x

 trên đoạn  1;  3  

bằng. 

 A. 
52

3
. B. 20 . C. 6 . D. 

65

3
. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 18. Gọi ,M n  theo thứ tự là giá trị lớn nhất và giá trị nhỏ nhất của hàm số 
2 3

1






x
y

x
 trên 

đoạn  2;0 . Tính  P M m . 

 A. 1P . B. 5 P . C. 
13

3
 P . D. 3 P . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Mức độ 12. Thông hiểu 

Câu 19. Tìm giá trị lớn nhất của hàm số 25  y x x  trên đoạn 5; 5 
 

. 

 A. 5 .  B. 10 . C. 6 . D. Một đáp án khác. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 20. Tìm giá trị lớn nhất của hàm số 21 4  y x x  

 A. 5 . B. 3 . C. 0 . D. 1 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 21. Giá trị nhỏ nhất của hàm số 1 5 1. 5y x x x x        bằng 

 A. 
9

10
. B. 

4

5
. C. 2 2 2 . D. 7 2 9 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 22. Hàm số  
2

24 1  y x  có giá trị lớn nhất trên đoạn  1;1  là: 

 A. 10 . B. 12 . C. 14 . D. 17 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 23. Tìm giá trị lớn nhất M  của hàm số 2 6 5   y x x . 

 A. 1M . B. 3M . C. 5M . D. 2M . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 24. Giá trị nhỏ nhất của hàm số 23 10  y x x  bằng. 

 A. 10 . B. 3 10 . C. 10 . D. 3 10 . 
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Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 25. Tìm tập giá trị T  của hàm số 3 5   y x x . 

 A.  3;5T . B.  3;5T . C. 2;2 
 

T . D. 0; 2 
 

T . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 26. Tổng giá trị lớn nhất M và giá trị nhỏ nhất m  của hàm số     26 4  f x x x  trên 

đoạn  0;3
 
có dạng a b c  với a  là số nguyên và b , c  là các số nguyên dương. 

Tính   S a b c . 
 A. 4 . B. 2 . C. 22 . D. 5 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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Câu 27. Tổng giá trị lớn nhất và giá trị nhỏ nhất của hàm số 22  y x x  bằng 

 A. 2 2 . B. 2 . C. 2 2 . D. 1 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 28. Tìm giá trị nhỏ nhất của hàm số 2sin 4sin 5  y x x . 

 A. 20 . B. 8 . C. 9 . D. 0 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 29. Hàm số   2sin sin 2 f x x x  trên đoạn 
3

0;
2

 
 
 

 có giá trị lớn nhất là ,M  giá trị nhỏ nhất 

là .m  Khi đó .M m  bằng 

 A. 3 3 . B. 3 3 . C. 
3 3

4
 . D. 

3 3

4
. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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Câu 30. Tìm giá trị lớn nhất và nhỏ nhất của hàm số 4 2sin cos 2  y x x .  

 A. min 3y . B. 
11

min
4

y . C. min 3 y . D. 
11

min
2

y . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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Câu 31. Gọi M  và m  là giá trị lớn nhất và giá trị nhỏ nhất của hàm số 22sin cos 1  y x x . Khi 

đó giá trị của tích .M m  là 

 A. 
25

4
. B. 0 . C. 

25

8
. D. 2 . 
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Câu 32. Gọi M , m  lần lượt là giá trị lớn nhất và giá trị nhỏ nhất của hàm số 2 cos y x x  trên 

đoạn 0;
2

 
 
 

. Tính M m . 

 A. 1 2
4


  . B. 2

2


 . C. 1

4


 . D. 1 2

4


  . 
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Câu 33. Cho hàm số 
2

sin 1

sin sin 1




 

x
y

x x
. Gọi M  là giá trị lớn nhất và m  là giá trị nhỏ nhất của 

hàm số đã cho. Chọn mệnh đề đúng. 

 A. 
3

2
 M m . B. 

3

2
M m . C. 1 M m . D. 

2

3
 M m . 
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Câu 34. Tìm giá trị nhỏ nhất của hàm số 2 y x  trên đoạn  3;3 . 

 A. 0 . B. 1 . C. 1 . D. 5 . 

Lời giải 
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Câu 35. Hàm số ( )y f x  liên tục và có bảng biến thiên trong đoạn [ 1; 3]  cho trong hình bên. Gọi 

M  là giá trị lớn nhất của hàm số  y f x  trên đoạn  1;3 . Tìm mệnh đề đúng? 

                                                           
 A. ( 1) M f . B.  3M f . C. (2)M f . D. (0)M f . 

Lời giải 
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Câu 36. Cho hàm số  y f x  liên tục trên  và có bảng biến thiên 

                                       
Khẳng định nào sau đây sai? 
 A. Hàm số không có giá trị lớn nhất và có giá trị nhỏ nhất bằng 2 . 
 B. Hàm số có hai điểm cực trị. 
 C. Đồ thị hàm số có hai tiệm cận ngang. 
 D. Hàm số có giá trị lớn nhất bằng 5  và giá trị nhỏ nhất bằng 2 . 
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Câu 37. Cho hàm số  y f x  xác định và liên tục trên khoảng 

1
;
2

 
 
 

 và 
1

;
2

 
 

 
. Đồ thị hàm số  y f x  là đường cong 

trong hình vẽ bên. Tìm mệnh đề đúng trong các mệnh đề sau 

A. 
 

 
1;2

max 2f x .                       B. 
 

 
2;1

max 0


f x .  

C. 
 

   
3;0

max 3


 f x f .              D. 
 

   
3;4

max 4f x f .  
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Câu 38. Cho hàm số  y f x  có đồ thị trên đoạn  2;  4  như 

hình vẽ bên. Tìm 
 

 
2; 4

max


f x . 

A.  0f .           B. 2 .                   C. 3 .                     D. 1. 
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Mức độ 3. Vận dụng 

Câu 39. Cho hàm số 
3  y ax cx d   0a  có 

 
   

;0
min 2 .


 f x f   

Giá trị lớn nhất của hàm số  y f x  trên đoạn  1;3  bằng 

 A. 8 a d . B. 16d a . C. 11d a . D. 2 a d . 
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Câu 40. Cho ,x y  là hai số không âm thỏa mãn 2 x y .  

Giá trị nhỏ nhất của biểu thức 3 2 21
1

3
    P x x y x  là: 

 A. 
7

min
3

P   B. min 5P   C. 
17

min
3

P   D. 
115

min
3

P   
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Câu 41. Biết rằng giá trị lớn nhất của hàm số 24   y x x m  là 3 2 . Giá trị của m  là 

 A. 2m . B. 2 2m . C. 
2

2
m . D. 2 m . 
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Câu 42. Tập giá trị của hàm số sin 2 3 cos2 1  y x x  là đoạn  ; .a b  Tính tổng . T a b  

 A. 1.T  B. 2.T  C. 0.T  D. 1. T  

Lời giải 
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Câu 43. Tìm giá trị lớn nhất và giá trị nhỏ nhất của hàm số   32cos cos 2 f x x x  trên đoạn 

;
3 3

  
  
 

D .  

 A.    
19

max 1;min
27

 
x Dx D

f x f x . B.    
3

max ;min 3
4 

  
x Dx D

f x f x .  

 C.    max 1;min 3


  
x Dx D

f x f x . D.    
3 19

max ;min
4 27

 
x Dx D

f x f x . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 44. Tổng giá trị lớn nhất và giá trị nhỏ nhất của hàm số 3 2cos 9cos 6sin 1   y x x x  là 

 A. 2 . B. 1 . C. 1 . D. 2 . 
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Câu 45. Giá trị nhỏ nhất của hàm số của hàm số 
21 2sin cos cos 2  y x x x  là:  

 A. 
5

4
 . B. 

1

4
 . C. 1 . D. 0 . 

Lời giải 
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Câu 46. Biết hàm số  y f x  liên tục trên  có M  và m  lần lượt là giá trị lớn nhất, giá trị nhỏ 

nhất của hàm số trên đoạn  0;2 . Trong các hàm số sau, hàm số nào cũng có giá trị lớn nhất và 

giá trị nhỏ nhất tương ứng là M  và m ?. 

 A. 
2

4

1

 
  

 

x
y f

x
.  B.   2 sin cos y f x x . 

 C.   3 32 sin cos y f x x . D.  22  y f x x . 
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Câu 47. Cho hàm số  f x  có đạo hàm trên  và có đồ thị của 

hàm số  y f x  như hình vẽ.  

Biết rằng        0 3 2 5  f f f f . Giá trị nhỏ nhất và giá trị 

lớn nhất của  f x  trên đoạn  0;5  lần lượt là: 

A.  0f ,  5f . B.  2f ,  0f .  

C.  1f ,  3f . D.  2f ,  5f . 
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Câu 48. Cho hàm số  y f x . Đồ thị của hàm số  y f x  như 

hình vẽ bên. Đặt 
 

 
2;6

max


M f x , 
 

 
2;6

min


m f x ,  T M m . 

Mệnh đề nào dưới đây đúng? 

A.    0 2  T f f .  B.    5 2  T f f . 

C.    5 6 T f f .                D.    0 2 T f f . 
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DẠNG 2. Tìm giá trị lớn nhất, giá trị nhỏ nhất của hàm số trên khoảng nửa khoảng. 

1. Phương pháp. 

Tìm 
[ , ][ , ]

max ( ), min ( )
x a bx a b

f x f x


trên khoảng, nửa khoảng…, ta có thể tiến hành như sau: 

Bước 1. Tính ( )f x  và tìm các nghiệm 1 2,  ,  .,   nx x x  thuộc  ;a b của phương trình ( ) 0. f x  
Bước 2. Tính giới hạn và lập bảng biến thiên. 
Bước 3. Kết luận  
Lưu ý:  

Đối với bài toán tìm 
[ , ][ , ]

max ( ) , min ( )
 x a bx a b

f x f x  trên khoảng, nửa khoảng ta phải lập bảng biến thiên. 

2. Bài tập minh họa . 

Bài tập 5. Tìm giá trị lớn nhất và giá trị nhỏ nhất của hàm số 3 3 1y x x    trên khoảng  0 ;   

Lời giải 
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Bài tập 6. Tìm giá trị nhỏ nhất của hàm số  
2

2
1 2y x

x

     trên khoảng  0; ? 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 7. Tìm GTLN và GTNN của các hàm số sau 
2

2

1 9

8 1

 




x x
y

x
 trên khoảng  0;  

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 8. Cho các số thực dương ,x y . Tìm giá trị lớn nhất của biểu thức: 

 

2

3
2 2

4

4



 

xy
P

x x y

. 

Lời giải. 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 9. Tìm tất cả các giá trị của a và b thoả mãn điều kiện: 
1

2
 a và 1

a

b
 sao cho biểu thức 

 

32 1




a
P

b a b
 đạt giá trị nhỏ nhất. Tìm giá trị nhỏ nhất đó. 

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

3. Câu hỏi trắc nghiệm. 

Mức độ 2. Thông hiệu 

Câu 49. Cho hàm số  y f x  liên tục và có bảng biến thiên trong đoạn  1;3  như hình bên.  

Gọi M  là giá trị lớn nhất của hàm số  y f x  trên đoạn  1;3 . Tìm mệnh đề đúng? 

                                                     
 A.  0M f . B.  3M f . C.  2M f . D.  1M f  . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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Câu 50. (THPT Ngô Quyền Ba Vì 2020) Cho hàm số ( )y f x  có bảng biến thiên như  

hình vẽ bên. Mệnh đề nào dưới đây đúng? 

                                             
 A. 5CDy  . B. min 4y  . C. 0CTy  . D. max 5y  . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 51.(THPT Chuyên Nguyễn Huệ 2018) Cho hàm ( )y f x  xác định, liên tục  và có bảng biến 

thiên như sau: 

                                                   
Khẳng định nào sau đây là đúng? 
 A. Hàm số đạt cực đại tại 0x   và đạt cực tiểu tại 2x  . 
 B. Hàm số có giá trị lớn nhất bằng 0 và giá trị nhỏ nhất bằng 2 . 
 C. Hàm số có đúng một cực trị. 
 D. Hàm số có giá trị cực tiểu bằng 2. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 52. (Sở GD & ĐT Bạc Liêu Kỳ I 2020) Cho hàm số ( )y f x  liên tục trên  và có bảng biến 

thiên như hình vẽ. 

                                                                 
Giá trị lớn nhất của hàm số trên  là bao nhiêu. 

 A.
1

Max 
2

y   . B. Max 1y   .  C. Max 1y  . D. Max 3y  . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 53.(Sở  GD & ĐT Thái Bình 2020)  

Giá trị nhỏ nhất của hàm số 
3 3 1y x x    trên khoảng  0;2 là  

 A. 1 . B. 3 . C. 0 . D. 1 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 y f x
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 54. Giá trị nhỏ nhất của hàm số  
2 1

1

x x
f x

x

 



 trên khoảng  1;  là: 

 A. 
 1;

3Miny


 . B. 
 1;

1Min y


  . C. 
 1;

5Min y


 . D. 

 1;

7

3
Min y



  . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Mức độ 3. Vận dụng 

Câu 55. Mệnh đề nào sau đây là đúng về hàm số 
2

1

5

x
y

x





 trên tập xác định của nó? 

 A. Hàm số không có giá trị lớn nhất và không có giá trị nhỏ nhất. 
 B. Hàm số không có giá trị lớn nhất và có giá trị nhỏ nhất. 
 C. Hàm số có giá trị lớn nhất và giá trị nhỏ nhất.  
 D. Hàm số có giá trị lớn nhất và không có giá trị nhỏ nhất. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 56. Cho hàm số ( )y f x  có bảng biến thiên là:  

                                               
Khẳng định nào sau đây là khẳng định đúng? 
 A. Hàm số có ba cực trị. 

 B. Hàm số có giá trị lớn nhất bằng 
9

20
 và giá trị nhỏ nhất bằng 

3

5
 . 

 C. Hàm số đồng biến trên khoảng ( ;1) . 

 D. Hàm số đạt cực đại tại 2x   và đạt cực tiểu tại 1x  . 
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Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 57.(Chuyên ĐH Vinh 2019) Cho hàm số:  y f x xác định và liên tục trên khoảng  3;2 , 

 
   

23

lim 5, lim 3
xx

f x f x
  

   và có bảng biến thiên như sau 

                                     
Mệnh đề nào dưới đây sai ? 

 A. Hàm số không có giá trị nhỏ nhất trên khoảng  3;2 .  

 B. Giá trị cực tiểu của hàm số bằng 2 .  
 C. Giá trị cực đại của hàm số bằng 0 .  

 D. Giá trị lớn nhất của hàm số trên khoảng  3;2  bằng 0 . 

Lời giải   
   

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 58. Cho hàm số 
1

.y x
x

   Giá trị nhỏ nhất của hàm sô trên  0;  bằng 

 A.2. B. 2 . C.0. D.1. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 59. Gọi M  là giá trị lớn nhất của hàm số   2 24 4 6 4 1f x x x x x      .  

Tính tích các nghiệm của phương trình  f x M . 

 A. . B. . C. . D. . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

2 4 2 4
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 60. Mệnh đề nào sau đây là đúng về hàm số 
2

1

5

x
y

x
trên tập xác định của nó. 

 A. Hàm số không có giá trị lớn nhất và không có giá trị nhỏ nhất. 
 B. Hàm số không có giá trị lớn nhất và có giá trị nhỏ nhất. 
 C. Hàm số có giá trị lớn nhất và giá trị nhỏ nhất. 
 D. Hàm số có giá trị lớn nhất và không có giá trị nhỏ nhất. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 61. (THI HK I THPT KIM LIÊN HÀ NỘI 2017) Cho hàm số 3 3y x x  với  2;x  .  

Mệnh đề nào dưới đây đúng? 
 A. Hàm số có giá trị nhỏ nhất và không có giá trị lớn nhất. 
 B. Hàm số có cả giá trị nhỏ nhất và giá trị lớn nhất. 
 C. Hàm số không có cả giá trị nhỏ nhất và giá trị lớn nhất. 
 D. Hàm số không có giá trị nhỏ nhất và có giá trị lớn nhất. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 62. (THPT Đồng Dậu 2019) Cho hàm số 
2 1

x
y

x
 có giá trị lớn nhất là M và giá trị nhỏ nhất 

là m . Tính giá trị biểu thức 2 2P M m  

 A. 
1

4
P . B. 

1

2
P . C. 2. D. 1. 
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Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 63.(THPT Chuyên Phan Bội Châu 2019)  

Cho hàm số  
2 1

2

x
f x

x





 với x  thuộc  

3
; 1 1;

2
D

 
     

 
. Mệnh đề nào dưới đây đúng? 

 A.    max 0;min 5
DD

f x f x   . B.  max 0
D

f x  ; không tồn tại  min
D

f x . 

 C.    max 0;min 1
DD

f x f x   . D.  min 0
D

f x  ; không tồn tại  max
D

f x . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Mức độ 4. Vận dụng cao 

Câu 64. Giá trị nhỏ nhất hàm số 3sin cos 2 sin 2y x x x     trên khoảng ;
2 2

  
 
 

 là 

 A. 1.  B. 
23

.
27

 C. 
1

.
27

 D. 5.   

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 65. (THPT Quang Trung 2020) Tìm giá trị nhỏ nhất và lớn nhất của hàm số 
2 1

2

x
y

x





 trên 

tập hợp  
3

; 1 1;
2

D
 

     
 

 

 A.  max 0
D

f x   không tồn tại  min
D

f x . B.    max 0;min 5
DD

f x f x   . 

 C.    max 0;min 1
DD

f x f x   . D.  min 0
D

f x   không tồn tại  max
D

f x . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 66. Có bao nhiêu giá trị nguyên của x  để hàm số 1 3y x x     đạt giá trị nhỏ nhất ? 

 A. 4.  B. 5.  C. 2.  D. 3.  

Lời giải 

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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Câu 67. Cho các số thực không âm ,x y  thay đổi. ,M m  lần lượt là giá trị lớn nhất, giá trị nhỏ nhất 

của biểu thức 
  

   
2 2

1

1 1

x y xy
P

x y

 


 
. Giá trị của 8 4M m bằng: 

 A. 3. B. 1. C. 2. D. 0. 
Lời giải 
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Câu 68. Cho hàm số  y f x  có đạo hàm  f x  liên tục trên 

 và đồ thị của hàm số  f x  trên đoạn  2;6  như hình vẽ 

bên. Khẳng định nào sau đây là đúng ? 

 A. 
 

   
2;6

max 1 .f x f


  CBC. 
 

   
2;6

max 6 .f x f


  

 B. 
 

   
2;6

max 2 .f x f


     D. 
 

      
2;6

max max 1 , 6 .f x f f


   
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Câu 69. Cho hai hàm số  y f x  và  y g x  liên tục trên 

 có đồ thị hàm số  y f x  là đường cong nét đậm và 

 y g x  là đường cong nét mảnh như hình vẽ. Gọi ba giao 

điểm ,  ,  A B C  của đồ thị  y f x  và  y g x  trên hình 

vẽ lần lượt có hoành độ là ,  ,  .a b c  Giá trị nhỏ nhất của hàm 

số      h x f x g x   trên đoạn  ;a c  bằng  

 

 

 A.  0 .h   B.  .h a  C.  .h b  D.  .h c  

    

 

Lời giải 
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Câu 70. Cho hàm số  .y f x  Đồ thị hàm số  y f x  như hình 

bên. Biết rằng        0 3 2 5 .f f f f    Giá trị nhỏ nhất và giá 

trị lớn nhất của  f x  trên đoạn 0;5  lần lượt là   

A.    0 ;  5 .f f  B.    2 ;  0 .f f  C.    1 ;  5 .f f  D.    2 ;  5 .f f  
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Câu 71. Cho hàm số  .y f x  Đồ thị hàm số  y f x  như hình 

bên. Biết rằng          0 1 2 2 4 3 .f f f f f     Hỏi trong các 

giá trị        0 , 1 , 3 , 4f f f f  giá trị nào là giá trị nhỏ nhất của 

hàm số  y f x  trên đoạn  0;4  ? 

 
A.  0 .f  B.  1 .f  C.  3 .f  D.  4 .f  

                                                                                         Lời giải 
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Câu 72. Cho hai  hàm số   ,y f x  y g x  có đạo hàm là  f x

,  .g x  Đồ thị hàm số  y f x  và  y g x  được cho như 

hình vẽ bên. Biết rằng        0 6 0 6 .f f g g    Giá trị lớn 

nhất, giá trị nhỏ nhất của hàm số      h x f x g x   trên đoạn 

 0;6  lần lượt là 
 

A.    6 ,  2 .h h  B.    2 ,  6 .h h  C.    0 ,  2 .h h  D.    2 ,  0 .h h  
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Câu 73. Cho hàm số  .y f x  Đồ thị hàm số  y f x  như hình 

bên. Xét hàm số      
2

2 1 ,g x f x x    mệnh đề nào sau đây 

đúng ? 

 A. 
 

   
3;3

max 1 .g x g


   

 B. 
 

   
3;3

max 3 .g x g


  

 C. 
 

   
3;3

min 1 .g x g


   

 D. Không tồn tại giá trị nhỏ nhất của  g x  trên  3;3   
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Câu 74. Cho hàm số  .y f x  Đồ thị hàm số  y f x  như hình 

 vẽ bên. Xét hàm     3 21 3 3
2018,

3 4 2
g x f x x x x      mệnh đề 

 nào sau đây đúng ? 

 A. 
 

   
3;1

min 3 .g x g


                  B. 
 

   
3;1

min 1 .g x g


   

 C. 
 

   
3;1

min 1 .g x g


                 D. 
 

 
   

3;1

3 1
min .

2

g g
g x



 
  
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Câu 76. Cho hàm số  y f x  liên tục trên  và có đồ thị như 

 hình vẽ bên. Gọi ,  M m  lần lượt là GTLN – GTNN của hàm số  

   4 42 sin cos .g x f x x  
 

 Tổng M m  bằng  

 A. 3.   B. 4.   
 C. 5.   D. 6.  

 

Lời giải 
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Câu 77. Cho hàm số  y f x  liên tục trên R và có đồ thị là 

hình bên. Gọi ,  M m  theo thứ tự là GTLN – GTNN của hàm số 

     
3 2

2 3 2 5y f x f x      trên đoạn  1;3 . Tích .M m  

 bằng 
  A. 2.    B. 3.    
 C. 54.    D. 55.   

 

Lời giải 
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Câu 78. Cho hàm số  y f x  liên tục, có đạo hàm trên  và có đồ 

thị như hình vẽ bên. Ký hiệu    2 2 1 .g x f x x m     Tìm 

điều kiện của tham số m  sao cho 
 

 
 

 
0;10;1

max 2min .g x g x  

 A. 4.m    B. 3.m    
 C. 0 5.m    D. 2.m   

 

Lời giải 
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Câu 79. Cho hàm số  y f x  liên tục trên  và có đồ thị như hình 

vẽ bên. Xét hàm số    32 1 .g x f x x m      

Tìm m  để 
 

 
0;1

max 10.g x    

 A. 13.m     B. 12.m     
 C. 1.m      D. 3.m     

Lời giải 
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Câu 80. Cho hàm số  y f x  liên tục, đạo hàm trên  và đồ thị 

 y f x  như hình vẽ bên. Ký hiệu    3 2 2 3 ,g x f x x x m      

với m  là tham số thực. Giá trị nhỏ nhất của biểu thức 

 
 

 
 2

0;10;1
3max 4minP m g x g x m      

 A. 150.   B. 102.    
 C. 50.   D. 4.  

 
Lời giải 
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DẠNG 3. Xác định tham số m để hàm số có giá trị lớn nhất, giá trị nhỏ nhất thỏa điều kiện cho 
trước. 

1. Phương pháp. 

Bước 1. Tìm giá trị lớn nhất, giá trị nhỏ nhất của hàm số . 
Bước 2. Áp đặt các giá trị này thỏa điều kiện đã cho. 
Bước 3. Ta có thể khai thác tính chất sau để giải bài toán gọn hơn. 

  Điều kiện cần để max ( )



x D

M f x  là  0 .x Mf   

   Điều kiện cần để min ( )



x D

f x m  là 0( ) f x m  trong  đó 0x  là một giá trị thuộc D . 

  Nếu hàm số  y f x  luôn tăng hoặc luôn giảm trên  ;a b  thì 

   
[a;b]

max ( ) max{ ( ), ( )};f x f a f b    
[a;b]
min ( ) min{ ( ), ( )}f x f a f b . 

2. Bài tập minh họa. 

Bài tập 10. Tìm giá trị thực của tham số a  để hàm số   3 23   f x x x a  có giá trị nhỏ nhất trên 

đoạn  1;1  bằng 0.   
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Bài tập 11. Cho hàm số  
2

1

 




x m m
f x

x
 với m  là tham số thực. Tìm tất cả các giá trị của m  để 

hàm số có giá trị nhỏ nhất trên đoạn  0;1  bằng 2.   
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Bài tập 12. Tìm m  sao cho giá trị lớn nhất của hàm số: 21
1

2 2
   

m
y x x ,  1;1  x  bằng 2  
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 13. Tìm các giá trị của tham số m  để giá trị nhỏ nhất của hàm số 2 2y 4 – 4   2  x mx m m  

trên  2;0  bằng 2 . 

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 14. Tìm tất cả giá trị của m  để giá trị nhỏ nhất của hàm số  
2 1

1

 




x m
f x

x
 trên đoạn  1;2  

bằng 1. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 15. Tìm các giá trị của các tham số ,a b  sao cho hàm số 
2 1






ax b
y

x
 có giá trị lớn nhất bằng 

4 và giá trị nhỏ nhất bằng 1 . 

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

3. Câu hỏi trắc nghiệm. 

Mức độ: Vận dụng 

Câu 78. Cho hàm số    3 2 21 2    f x x m x m  với m  là tham số thực. Tổng tất cả các giá trị 

của nguyên của tham số  m  để hàm số có giá trị nhỏ nhất trên đoạn  0;2  bằng 7.   

 A. 0 . B. 6 . C. 4 . D. 18 . 
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Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 79. Gọi m  là giá trị để hàm số 
2

8






x m
y

x
 có giá trị nhỏ nhất trên  0; 3  bằng 2 .  

Mệnh đề nào sau đây là đúng? 

 A. 3 5 m . B. 2 16m . C. 5m . D. 5m . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 80. Cho hàm số  
2

8






x m
f x

x
 với m  là tham số thực.  

Tìm giá trị lớn nhất của m  để hàm số có giá trị nhỏ nhất trên đoạn  0;3  bằng 2.   

 A. 4m . B. 5m . C. 4 m . D. 1m . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 81. Tất cả các giá trị của m  để hàm số  
1




mx
f x

x m
 có giá trị lớn nhất trên  1; 2  bằng 2

 A. 3 m . B. 2m . C. 4m . D. 3m . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 82. Cho hàm số .
1






x m
y

x
 Tham số m  thuộc khoảng nào thì thỏa mãn 

   1;2 1;2

16
min max

3
 y y .  

 A.  3;7 . B.  2;4 . C.  5;8 . D.  9;11 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 83. Cho hàm số 
1






x m
y

x
, với tham số m  bằng bao nhiêu thì 

 2;4
min 3y  

 A. 1m  B. 3m  C. 5.m  D. 1. m  
Lời giải 

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 84. Số các giá trị tham số m  để hàm số 
2 1 




x m
y

x m
 có giá trị lớn nhất trên  0;4  bằng 6 : 

 A. 2 . B. 1. C. 3 . D. 0 . 

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 85. Cho hàm số 
2

1






x m
y

x
.  

Giá trị nguyên lớn hơn 1 của tham số m  sao cho 
 0;4

max 3y  thỏa mãn 

 A. 4 6 m . B. Không có m . C. 1 5 m . D. 8m . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 86. Cho hàm số  
2

1






x m
f x

x
 với m  là tham số thực. Tìm tất cả các giá trị của 1m  để 

hàm số có giá trị lớn nhất trên đoạn  0;4  nhỏ hơn 3.  

 A.  1;3 .m  B.
  1;3 5 4 . m  C.

  1; 5 .m  D.  1;3 .m  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 87. Cho hàm số 
sin 1

cos 2






m x
y

x
. Có bao nhiêu giá trị nguyên của tham số m  thuộc đoạn  5;5  

để giá trị nhỏ nhất của y  nhỏ hơn 1 . 

 A. 6 . B. 3 . C. 4 . D. 5 . 

Lời giải 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 88. Cho hàm số  
2 1






x m
f x

x
. Tìm tất cả các giá trị của tham số thực m  để hàm số đạt giá 

trị lớn nhất tại điểm 1.x   
 A. 2.m  B. 1.m            C. Không có giá trị .m  D. 3. m  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 89. Tìm tất cả các giá trị thực khác 0  của tham số m  để hàm số 
2 1




mx
y

x
 đạt giá trị lớn nhất 

tại 1x  trên đoạn  2;2 ? 

 A. 2 m . B. 0m . C. 0m . D. 2m . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 90. Tìm tất cả các giá trị thực của tham  số m  để hàm số 
2 1 




x mx
y

x m
 liên tục và đạt giá trị 

nhỏ nhất trên  0;2  tại một điểm  0 0;2x . 

 A. 0 1 m . B. 1m . C. 2m . D. 1 1  m . 

Lời giải 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 91. Tìm m  để giá trị nhỏ nhất của hàm số 3 23 6  y x mx  trên đoạn   0;3  bằng 2 . 

 A. 2m . B. 
31

27
m . C. 

3

2
m . D. 1m . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 92. Tìm tất cả các giá trị của 0m  để giá trị nhỏ nhất của hàm số 3 3 1  y x x  trên đoạn 

 1; 2 m m  luôn bé hơn 3 . 

 A.  0;2m . B.  0;1m . C.  1; m . D.  0; m . 
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Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 93. Gọi ,  M m  lần lượt là GTLT–GTNN của hàm số  3 23  2 3y x x a x a       (với a  là 

tham số thực) trên đoạn  1 2 ;2 3 .a a   Tính .
2

m M
P


  

 A. 1.P    B. 
3

.
2

P    C. 3.P    D. 6.P    

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 94. Cho hàm số 
2 2

ax b
y

x





 với 0a   và ,  a b  là các tham số thực. Biết max 6,y   min 2.y    

Giá trị của biểu thức 
2 2

2

a b
P

a


  bằng  

 A. 3.   B. 
1

.
3

   C. 
1

.
3

  D. 3.   

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

DẠNG 3. Xác định tham số m để hàm số có giá trị lớn nhất, giá trị nhỏ nhất thỏa điều kiện cho 
trước. 

1. Phương pháp. 

 Giá trị lớn nhất và giá trị nhỏ nhất của hàm số  y f x  và   
2

.
n

u f x  

Bước 1. Xét hàm số  y f x . 

Gọi 
 

 
 

 
;;

max .;min
a b a b

M xm f x f   

Bước 2. Xét các khả năng  
 
 

 Nếu 
 

 

 
 

;

;

min

m
0

ax

a b

a b

m
x

mf x

f M

 


 






 

                   
 

 Nếu 
 

 

 
   

;

;

min

max

0

max ;
. 0

a b

a b

M
m

x

f x
m

f

M

 




 




 

               
 
 
 

 Nếu 
 

 

 
 

;

;

min

m
0

ax

a b

a b

M

f x M

f x

M

m m

  





 








 

 
② Đặt biệt: ta có thể công thức nhanh 

    Khi đó
 

   
;

max
2

max ,
a b

M m
M m M m

f x
  

  .  

                
 

 
;

. 0

m
.

2

in
0

0,

a b

khi m M

f x
khi m

M m
M

M m




 


 



  

2. Bài tập minh họa. 

Bài tập 16. Tìm các giá trị của tham số m  sao cho giá trị lớn nhất của hàm số 2 2  y x x m  trên 

đoạn  1;2  bằng 5 . 

Lời giải 

x

y
m

M

M

m

O
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 17. Có bao nhiêu giá trị m  để hàm số 2( ) 4f x x x m    đạt giá trị nhỏ nhất trên đoạn 

 1 ;  4  bằng 6? 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 18. Tìm m  để giá trị lớn nhất của hàm số   2 2 4   f x x x m  trên đoạn  2;1  đạt giá 

trị nhỏ nhất. 
Lời giải 

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       



  Trung Tâm Luyện Thi Đại Học Amsterdam                     Chương I-Bài 3. Giá Trị Lớn Nhất-Nhỏ Nhất 

256 Lớp Toán Thầy-Diệp Tuân                                                                                         Tel: 0935.660.880  

 

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 19. Có bao nhiêu số nguyên m  để giá trị nhỏ nhất của hàm số 4 238 120 4y x x x m     

trên đoạn  0;2 đạt giá trị nhỏ nhất. 

 A. 26 .  B. 13 .  C. 14 . D. 27 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

3. Câu hỏi trắc nghiệm. 

Mức độ 4. Vận dụng cao 

Câu 95. (Chuyên ĐH Vinh 2020) Có bao nhiêu giá trị thực của tham số m  để giá trị lớn nhất của 

hàm số   2 2 4f x x x m    trên đoạn  2;1  bằng 5 ? 

 A. 2 .  B. 1.  C. 3 . D. 4 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 Câu 96.(THPT Phụ Dực 2020) Gọi S  là tập hợp các giá trị của m  để hàm số 3 23y x x m    đạt  

giá trị lớn nhất bằng 50  trên [ 2;4] . Tổng các phần tử thuộc S  là 

 A. 4 .  B. 36 .  C. 140 . D. 0 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 Câu 97. (THPT Buôn Ma Thuột 2019) Gọi S  là tập hợp các giá trị của tham số m  sao cho giá trị 

lớn nhất của hàm số 3 3y x x m    trên đoạn  0;2 bằng10 . Số phần tử của S  là: 

 A. 0 .  B. 2 .  C. 1 .  D. 3 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 98.(Sở GD & ĐT Vĩnh Phúc 2019) Tính tổng tất cả các giá trị của tham số m  sao cho giá trị lớn 

nhất của hàm số 2 2y x x m    trên đoạn  1;2  bằng 5. 

 A. 1 . B. 2 .  C. 2 . D. 1 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 99. Có bao nhiêu giá trị của m  để giá trị lớn nhất của hàm số 4 28   y x x m  trên đoạn 

 1;3  bằng 2018 ? 

 A. 0 . B. 2 . C. 4 . D. 6 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 



    Trung Tâm Luyện Thi Đại Học Amsterdam                  Chương I-Bài 3. Giá Trị Lớn Nhất-Nhỏ Nhất 

259 Lớp Toán Thầy-Diệp Tuân                                                                                         Tel: 0935.660.880  

 

Câu 100.(THPT Nguyễn Đình Chiểu 2019) Gọi S  là tập hợp tất cả các giá trị nguyên của tham số 

m  để 
 

2

0;3
Max 2 4x x m   . Tổng giá trị các phần tử của S  bằng 

 A. 2 . B. 2 .  C. 4 . D. 4 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 101.(Cụm Hải Phòng 2019)  

Có bao nhiêu giá trị nguyên của tham số m  để 
 

3 2

1;3
max 3 4?x x m    

 A. Vô số. B. 4 .  C. 6 .  D. 5 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 102.(THPT Nguyễn Huệ 2019) Có bao nhiêu giá trị thực của tham số m  để giá trị lớn nhất 

của hàm số 2 2 4   y x x m  trên đoạn  2;1  bằng 4 ? 

 A. 1. B. 2 . C. 3 . D. 4 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 103.(THPT Chuyên Nguyễn Đình Chiểu 2019) Có bao nhiêu giá trị nguyên của tham số m  để 

 

2

0;3
ax 2 5?m x x m    

 A. 5.   B. 6.   C. 7.  D. 8.  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 104.(THPT Chuyên Ngoại Ngữ 2019) Có bao nhiêu giá trị nguyên của tham số  để giá trị 

lớn nhất của hàm số  trên đoạn  0;3  không lớn hơn ? 

 A. .  B. .  C. . D. . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

m

  2 2f x x x m   3

4 5 6 3
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 Câu 105.(THPT Chuyên Vĩnh Phúc 2019) Gọi S  là tập hợp tất cả các giá trị thực của tham số m  

sao cho giá trị lớn nhất của hàm số 
2

1

x mx m
y

x

 



 trên  1;2  bằng 2. Số phần tử của tập S  là 

 A. 3.   B. 1.   C. 4.  D. 2.  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 Câu 106.(THPT Chuyên Quang Trung 2019) Gọi S là tập tất cả các giá trị nguyên của tham số m

sao cho giá trị lớn nhất của hàm số   4 21
14 48 30

4
f x x x x m      trên đoạn  0;2  không vượt 

quá 30.  Tổng các phần tử của S  bằng 
 A. 108.  B. 120.    C. 210.  D. 136.  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 107. Gọi S  là tập tất cả các giá trị nguyên của tham số thực m  sao cho giá trị lớn nhất của 

hàm số 4 21
14 48 30

4
    y x x x m  trên đoạn  0;2  không vượt quá 30 . Tổng tất cả các giá trị 

của S  là 
 A. 108 . B. 136 . C. 120 . D. 210 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 108. Gọi S  là tập tất cả các giá trị nguyên của tham số m  sao cho giá trị lớn nhất của hàm số 

4 21 19
30 20

4 2
    y x x x m  trên đoạn  0;2  không vượt quá 20 . Tổng các phần tử của S  bằng 

 A. 210 . B. 195 . C. 105 . D. 300 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 109. Gọi S  là tập hợp tất cả các giá trị thực của tham số m  sao cho giá trị lớn nhất của hàm 

số 
2

1

 




x mx m
y

x
 trên  1;2  bằng 2 . Số phần tử của S  là 

 A. 3 . B. 1 . C. 2 . D. 4 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 110. Có tất cả bao nhiêu giá trị của tham số m  để giá trị nhỏ nhất của hàm số 2 2  y x x m  

trên đoạn  1;2  bằng 5 . 

 A. 3 . B. 1 . C. 2 . D. 4 . 

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 111. (THPT Chuyên Quang Trung 2019) Gọi S  là tập các giá trị thực của tham số m  để giá trị 

nhỏ nhất của hàm số   3 23f x x x m    trên đoạn  2;3  bằng 2.  Tổng các phần tử của tập S  

bằng 
 A. 0.  B. 20.  C. 24.   D. 40.   

Lời giải. 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 112. Cho hàm số   3 22 3f x x x m    có bao nhiêu số nguyên m để  
 1;3

min 3f x


 . 

 A. 4 .  B. 8 .  C. 31. D. 39 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 113.(THPT Chuyên Lê Hồng Phong 2019)  

Có bao nhiêu số nguyên 5;5m  để 3 2

1;3
min 3 2x x m . 

 A. 6 .  B. 4 .  C. 3 . D. 5 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 114.(Sở GD Vĩnh Long 2020) Cho hàm số   4 3 24 4f x x x x a    . Gọi ,M m  lần lượt là giá 

trị lớn nhất và giá trị nhỏ nhất của hàm số trên đoạn  0;2 . Có bao nhiêu số nguyên a  thuộc đoạn 

 3;2  sao cho 2M m ? 

 A. 7 .  B. 5 .  C. 6 . D. 4 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 Câu 115. (Đại Học Thực Hành Cao Nguyên 2019) Cho hàm số   4 34 4f x x x x a    . Gọi ,M m  

là giá trị lớn nhất và giá trị nhỏ nhất của hàm số trên  0;2 . Có bao nhiêu số nguyên a  thuộc 

 4;4  sao cho 2M m ? 

 A. 4 .  B. 6 .  C. 7 . D. 5 . 
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Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 116. Cho hàm số   4 3 24 4   f x x x x a . Gọi M , m  lần lượt là giá trị lớn nhất, giá trị nhỏ 

nhất của hàm số đã cho trên đoạn  0;2 . Có bao nhiêu số nguyên a  thuộc đoạn  3;3  sao cho 

2M m ? 
 A. 3 . B. 7 . C. 6 . D. 5 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 Câu 117. (THPT Ngô Gia Tự 2019) Tìm m  để giá trị lớn nhất của hàm số 3 3 2 1y x x m     trên 

đoạn  0;2  là nhỏ nhất. Giá trị của m  thuộc khoảng? 

 A.  0;1 . B.  1;0 .  C. 
2

;2
3

 
 
 

. D. 
3

; 1
2

 
  
 

. 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 118. (THPT Chuyên Phan Bội Châu 2019)  

Biết  giá trị lớn nhất của hàm số 2 2 4y x x m     trên đoạn  2;1  đạt giá trị nhỏ nhất, giá trị 

của tham số m  bằng 
 A. 1.  B. 3 .  C. 4 . D. 5  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 119.(THPT Đội Cấn 2019) Cho hàm số 2 2 4y x x a    . Tìm a  để giá trị lớn nhất của hàm 

số trên đoạn  2;1  đạt giá trị nhỏ nhất. 

 A. 1a  . B. 2a  .  C. Một giá trị khác. D. 3a  . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 120. Biết rằng giá trị lớn nhất của hàm số    3 2 2 1 4 7f x x x m x m       trên đoạn  0;2   

đạt giá trị nhỏ nhất khi 0.m m  Khẳng định nào sau đây đúng ? 

 A.  0 3; 2 .m      B.  0 2; 1 .m      C.  0 1;0 .m     D.  0 0;3 .m   

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 121.(THPT Chuyên Hạ Long 2019) Có bao nhiêu số thực m  để giá trị nhỏ nhất của hàm số 
2 2 4y x x m x     bằng 1 ? 

 A. 1.  B. 2 .  C. 3 . D. 0 . 

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       



    Trung Tâm Luyện Thi Đại Học Amsterdam                  Chương I-Bài 3. Giá Trị Lớn Nhất-Nhỏ Nhất 

269 Lớp Toán Thầy-Diệp Tuân                                                                                         Tel: 0935.660.880  

 

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 122. Có bao nhiêu giá trị nguyên dương của tham số m  để giá trị nhỏ nhất của hàm số 
2 4 3 4y x x mx     lớn hơn 2  ? 

 A. 1.  B. 2.  C. 3.  D. Vô số.  

Lời giải 
 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       
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Câu 123. Xét hàm số   2  f x x ax b , với a , b là tham số. Gọi M  là giá trị lớn nhất của hàm số 

trên  1;3 . Khi M nhận giá trị nhỏ nhất có thể được, tính 2a b . 

 A. 3 . B. 4 . C. 4 . D. 2 . 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

DẠNG 4. Toán Thực Tế. 

1. Phương pháp  

Để làm bài toán thực tế ta tiến hành 4 bước 
Bước 1. Đặt ẩn chưa biết, kèm điều kiện của ẩn. 
Bước 2. Biểu thị các đại lượng còn lại qua ẩn vừa đặt. 
Bước 3. Dựa vào công thức tính diện tích, thể tích, hoặc tính cạnh để thiết lập hàm. 
Bước 4. Tìm giá trị lớn nhất và nhỏ nhất rồi kết luận 

2. Bài tập minh họa. 

Bài tập 20. Tính diện tích lớn nhất maxS  của một hình chữ 

nhật nội tiếp trong nửa đường tròn bán kính 6cmR  nếu 

một cạnh của hình chữ nhật nằm dọc theo đường kính của 

hình tròn mà hình chữ nhật đó nội tiếp. 

A. 2

max 36 cmS . B. 2

max 36cmS .   

C. 2

max 96 cmS .  D. 2

max 18 cmS .  

 

Lời giải 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 21. Một ngọn hải đăng được đặt tại vị trí A  cách bờ 

biển một khoảng 5 kmAB   Trên bờ biển có một cái kho ở vị 

trí C  cách B  một khoảng 7 km . Người canh hải đăng có thể 

chèo đò từ A  đến địa điểm M  trên bờ biển với vận tốc 

4 km/h , rồi đi bộ đến C  với vận tốc 6 km/h . Hỏi cần đặt vị trí 

của M  cách B  một khoảng bằng bao nhiêu km để người đó 

đến kho nhanh nhất? 

A. 5,5 km.             B. 2 5 km.             C. 5 km.            D. 4,5 km  

 

 

Lời giải 
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Bài tập 22. Một công ty muốn làm một đường ống dẫn 

dầu từ một kho A ở trên bờ biển đến một vị trí B trên 

một hòn đảo. Hòn đảo cách bờ biển 6 km . Gọi C là điểm 

trên bờ sao cho BC  vuông góc với bờ biển. Khoảng cách 

từ A  đến C  là 9 km . Người ta cần xác định một ví trí D  

trên AC  để lắp ống dẫn theo đường gấp khúc ADB . 

Tính khoảng cách AD  để số tiền chi phí thấp nhất, biết 

rằng giá để lắp đặt mỗi km  đường ống trên bờ là 

100.000.000  đồng và dưới nước là 260.000.000  đồng. 

A. 7 km .        B. 6 km .        C. 7.5 km .          D. 6.5 km . 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Bài tập 23. Một sợi dây kim loại dài 60cm  được cắt thành hai đoạn. Đoạn thứ nhất được uốn 
thành một hình vuông, đoạn thứ hai được uốn thành một vòng tròn. Hỏi khi tổng diện tích của 
hình vuông và hình tròn ở trên nhỏ nhất thì chiều dài đoạn dây uốn thành hình vuông bằng bao 
nhiêu (làm tròn đến hàng phần trăm)? 
 A. 33,61cm  B. 26,43cm  C. 40,62cm  D. 30,54cm  

Lời giải 
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3. Câu hỏi trắc nghiệm 

Câu 124. Người ta cần xây một hồ chứa nước với dạng khối hộp chữ nhật không nắp có thể tích 

bằng 3500
.

3
m  Đáy hồ là hình chữ nhật có chiều dài gấp đôi chiều rộng. Giá thuê nhân công xây hồ 

là 500.000  đồng/m2. Hãy xác định kích thước của hồ nước sao cho chi phí thuyên nhân công thấp 
nhất. Chi phí đó là? 
 A. 65  triệu đồng B. 75  triệu đồng C. 85  triệu đồng D. 45  triệu đồng 
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Câu 125. Cho một tấm nhôm hình vuông cạnh 6  cm. Người 

ta muốn cắt một hình thang như hình vẽ. 

Tìm tổng x y  để diện tích hình thang EFGH  đạt giá trị 

nhỏ nhất. 

A. 4 2 . B. 
7 2

2
. C. 7 . D. 5 . 

 
Lời giải 
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Câu 126. Một người dự định làm một bể chứa nước hình trụ bằng inốc có nắp đậy với thể tích 1  
(m3). Chi phí mỗi m2 đáy là 600  nghìn đồng, mỗi m2 nắp là 200  nghìn đồng và mỗi m2 mặt bên là 
400  nghìn đồng. Hỏi người đó chọn bán kính bể là bao nhiêu để chi phí làm bể ít nhất? 

 A. 3 2 . B. 3
1

2
. C. 3

1

2
. D. 3

1


. 
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 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................        .........................................................................................................................................................................................................       

Câu 127. Người ta cần xây một bể chứa nước sản xuất dạng khối hộp chữ nhật không nắp có thể 

tích bằng 3200 m . Đáy bể là hình chữ nhật có chiều dài gấp đôi chiều rộng. Chi phí để xây bể là 

300  nghìn đồng/ 2m (chi phí được tính theo diện tích xây dựng, bao gồm diện tích đáy và diện 
tích xung quanh, không tính chiều dày của đáy và diện tích xung quanh, không tính chiều dày của 
đáy và thành bể). Hãy xác định chi phí thấp nhất để xây bể(làm tròn đến đơn vị triệu đồng). 
 A. 75

 
triệu đồng. B. 51

 
triệu đồng. C. 36

 
triệu đồng. D. 46

 
triệu đồng. 

Lời giải 
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Câu 128. Ông A dự định sử dụng hết 25 m  kính để làm một bể cá bằng kính có dạng hình hộp chữ 

nhật không nắp, chiều dài gấp đôi chiều rộng (các mối ghép có kích thước không đáng kể). Bể cá 
có dung tích lớn nhất bằng bao nhiêu (kết quả làm tròn đến hàng phần trăm)? 

 A. 31,01 m . B. 30,96 m . C. 31,33 m . D. 31,51 m . 
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