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Nam 2017 Bé Gido duc va Dao tao to clhfl"c’ thi "I:run% th\ pho th.éng fluac i
mén Toan theo phuong thuc trac I"]ghlél’ljl’: bé {;}Up glaolwel:‘lrl VBDI?«QC Sm}} co Eéi HE“-U
chuan bi on thi theo hinh thuc tl‘fl(;_F}gthl'ﬂ, (f)ﬂg ty ¢o phan Dau tu va th“ trids
Gido duc Ha Noi - Nha xuat ban Gl'ao duc Viét Nan: co.mo chtmg (0i bl?n soa
@i lieu Huéng dan on tap ki thi Trung hoc phod thong quoc gia nam hoe
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2016 — 2017 mon Toan. Cudn sach nay co the coi la su ti@;p nm cué.»x} “Tfe‘ic nghigy
Toan 127 ciing cua NXBGDVN da xuat ban gan day dé giup gido vién va hoc
sinh chuan bi tot cho ki thi sap tai.
Tai liéu gom hai phan.
Phan mot: On tap theo chu dé. Phan nay giup On lai nhitng kién thice, ki nang
can thiét cing mot sb cau trac nghiém theo 7 cht dé trong chwong trinh Toan 12
Phan nay duoc coi nhu mét tai liéu dé 6n tap trude khi bude vao ki thi, trong d6
chung t6i nhéc lai kha chi tiét nhi¢u diéu da trinh bay trong SGK chuan Toan 12,
Phan hai: Mdt s6 dé tu luyén, dua ra 9 dé&, duoc bién soan phong theo
minh hoa cua B6 GD & DT da duoc cong bd. Mdi dé cling gom 50 cau hoi tric
nghi¢m trai dai du 7 chu d¢ cta Giai tich, Hinh hoc. Hoc sinh nén tu minh thur giai
moi d€ thi do trong 90 phli:[ dé tu kiém tra viéc chuan bi thi. Sau khi lam bai, cic
em doi chicu voi dap an dé biét két qua (moi cau duge 0,25 diém néu chon ding
dgp :':m): Vi céu hoi chua chon duoe dap dn ding, c6 thé xem phan hudng déan gia
dé rut kinh nghiém.
_ Chung t6i da co
moi cdu (trong dé cé
Ban thio a5 o o ke Ao e . i : 3
B n;thao da (iuc_m cac ong ba Pham Bao Khué, Pham Thi Bach Ngoc, Dang
Van Tuyen, Neuyén Thi Thanh gitinichc the ik st chiiasii e oo
Xin c4m on : glUp cac tac gia sua chira nhiéu sai s6t. Ching

gang chon nhing cau hoi tric nghiém tt cling 4 d4p én che
mot va chi mot dép an diing).
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i O y .hmn,\ tar liéu co th.e van con 16i. Chung 16i mong cac thay co gido, caf'
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- Buéc 1: Tim cac diém thude 9 ma tai d6 f(x) khong c6 dao ham.

- Budc 2: Trén mbi khodng f(x) c6 dao ham, tinh dao ham £'(x) va tim Cic
diém x thude P ma tai d6 f'(x) = 0. '

- Buéce 3: Gia sir trén 9 chi ¢6 mdt s6 hitu han diém tim duoc & buge 1 va
budc 2. Sép xép cac diém tim duoc & bude 1 va budc 2 theo th tw tang dén, Kp;
d6, cac diém nay s& phén chia 9 thanh cac khoang. X4c dinh dau ctia /'(x) trép
mdi khoang do. ‘ |

- Budc 4: Can ctr két qua thu duoc & budc 3, dua vao di€u kién 1 néy trén,
tim ra cac diém cuc tri ciia f(x).

Quy tic II

Gia st ham s6 f(x) c6 dao ham cip hai trén 9.

C6 thé tim cic diém cuc tri cta f(x) bé‘mg cach thure hién céac budc sau:

- Bude 1: Tinh dao ham cép mét va clp hai cia f(x).

- Bude 2: Giai phuong trinh f'(x) = 0 trén 9 ; gia sir tim duoc » nghiém
Bis Boa se0s Xos ' |
- Budc 3: Tinh va xac dinh dau cta 1"(x), £'(x,), ..., f"(x,).

- Budc 4: Cian cir két qua thu duoc & bude 3, dua vao didu kién 2 néu trén, rut
ra ket luan vé tinh chat cuc tri cua cic diém Xl B e 5 X

Chii y : Dé tim cuc tri ciia ham sé fx), tmc?;c hét cin tim cac diém cuc tri
ctua f(x), sau d6 tinh gia tri cia ham s6° £(x) tai cac diém dé.

3. Gia trj 16n nhit va gia tri nhd nhit cia ham sé

e Dinh nghia

Cho ham s6 f(x) xé4c dinh trén tép 9.

- 86 M duoc goi 1a gid 1ri 16m nhdt cua f(x) trén D néu f(x) <M Vo mo!
x € Dvatontai x,e D sao cho f(x,) = M. Ki higu: max f(x) = M.
: Yy
- 86 m duoe goi la gid tri nhé nhdi cia f(x) trén D néu f(x)zm vo1 mol
xeDvatontai x,€ D sao cho S (x)) = m. Ki hiéu: min f(x) = m.
-+ Gid tri 16m nhat va gi4 tri nhé nhit cita ham s8 lién tuc trén mot 3020

k - - - '{ o - . - . , ”\ H [ n.i
_ Su ton tai: Moi ham sé lién tuc trén mot doan déu c6 gia tri 16n nhat va 81
nhé nhat trén doan 4. . : |






: Tuo i ia hai dd thi ham s

’ -?)';2 o i e ;;m 6 y = f(x) xée dinh trén tap D1 VA (C2) 1 b thi o
ham s y = g(x) xic dinh trén tap $o. Mot giao diém (hay diém chupg
M € (C) N (Cy) a diém cd toa db (o5 yo), o € D N Py 3y = f(x,) = g(x,)
(ciing ndi (C)) va (C2) cat nhau hay giao nhau tai M)..‘ _Dé til.r} cac gl?o diém do¢, ta
giai phuong trinh f(x) = g(x) trén tap Pr N @21; mé‘)‘l nghfcm Xo cua nd cho mg
giao diém (xp; yo), Vo = S (x5) = (X)), sO giao diém bang so6 nghiém d6i mot phan
biét cf.lé phuong trinh (dnx) f(x) = g(x) trén tap Dy Dy,

6. Ham s6 bic ba (con goi tit 1a ham bic ba) y = ax’ + bx’ + cx +d (ax0)

Duéi day, trong truong hop ham'sé ¢ cuc tri, cuc dai va cuc tiéu ciia ham sé
duogc ki hiéu bai y,, va y., tuong ung.

 Dang cia do thi

a>0 a<(Q |
Phuong trinh y ' y
y'=0 |
cod /TN / \ o
hai nghiém "7 0] A 9V \
phén biét

S | by
Phuong trinh - \
y'=0

co ' (/o X Lﬂ "

nghiém kép * ) \ X
.V
.\1
Phuong trinh \
y'=0
vo nghiém 0 *
0 v
L

R
o Mot s6 két qua cin luu y |
- Ham béc ba hoac khong c6 diém cuc tri
- Ham béc ba khon Khi v
VO nghiém hoic ¢6 ngh

\ hodc c6 dung hai diém cuc trt o
g 0 diém cyc trj khi va chi khi phuong trinh (4n X yE
1€m kép.
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- Ham bac ba c6 hai diém cuc tri khi va chi khi phuong trinh (d4nx) y'=0 co
hai nghiém phén biét.

- Ham bac ba c6 hai diém cuc tri va diém cuc dai nam bén trai diém cuc tiéu
khi va chi khi @ > 0 va phuong trinh (dn x) »' = 0 ¢6 hai nghiém phén biét.

- Ham bac ba c6 hai diém cuc tri va diém cuc dai ndm bén phai diém cuc tiéu
khi va chi khi a < 0 va phwong trinh (dn x) ' =0 ¢6 hai nghiém phan biét.

- D06 thi ham bic ba ¢4 hai diém cuc tri nim & hai phia ctia truc tung (con néi:
ndm khac phia nhau so véi truc tung) khi va chi khi phuong trinh (4nx) y'=0 co
hai nghiém trai dau.

- Do thi ham bac ba c6 hai dlem cue tri nam & mot phia cua truc tung (con
néi: nim cing phia so v&i truc tung) khi va chi khi phuong trinh (an x) y'=0 c6

hai nghiém phén biét cting dau.

- D6 thi ham bac ba c6 hai diém cuc tri ndm bén trai truc tung khi va chi khi
phuong trinh (4n x) y' =0 cé hat nghiém am phan biét.

- D6 thi ham béc ba ¢6 hai diém cuc tri ndm bén phai truc tung khi va chi khi
phuong trinh (4n x) »' = 0 ¢6 hai nghiém duong phén biét.

- Db thi 1:1am bac ba cat truc hoanh tai ba diém phan biét khi va chi khi
phuong trinh (an x) y'= 0 c6 hai nghiém phan biét va y,,,.y,., < 0.

- D6 thi he‘lm béé ba khéng cé duong tiém cén.

7. Ham 5O tring phuong (con goi tit 1a ham trung phuw ong)

y=ax'+bx*+c (a#0)

 Dang ciia d6 thi

a> 0 a<0

¥ - ¥

Ph:.rorng trinh

NN
ba n;(l)liém /\ |

\Jo| \J l 0 \ v

phan biét

Phuong trinh |
y'=0 \ / / \
co 0 X g
mot nghi€ém \ / ' ‘ /

2
—_—]
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. Mot sb két qua can luu y | }

_ Hm:n trung phuong c6é ding mot diém cuec tri hodc c6 dung ba diém cyc tri,

- Ta cé x = 0 la mot diém cuc tri ciia ham trung phuong.

- Ham trung phuong ¢6 ding mot diém cuc tri khi va chi khi ab > 0.

- Ham trung phuong c6 ding ba diém cuc tri khi va (fhi khi ab < 0.

- Ham trung phuong c6 hai diém cuc tiéu va mot diém cuc dai khi va chi ki;
a>0vab<0. 1 1

- Ham trung phuong c6 hai diém cuc dai va mot diem cuc ti€u khi va chi kb
a<0vab>0.

- P4 thi ham tring phuong nhin truc tung lam truc doi xung va khong cb
dudng ti€ém can. '

ax+ b

8. Ham s y = (c #0, ad - bc # 0)

cx +d

 Dang cia do thi

D=ad-bc>0 D=ad-bc<(
AY - wt)’
N i
A , ol T——
?/ 'Y

» M{t s6 két qua cin lru y

LY x r . A ~ d
Ham s6 xéac dinh trén tap R\ {—— :
¢
- Khi ad — bc > 0, ham sb dong bién trén cac khoang x4c dinh cua no, con khi
ad —bc < 0 thi ham sb nghich bién trén cac khoang d6.
- Ham s6 khong ¢6 diém cuc tri.
- D6 thi ham s6 ¢6 mét tiem can dimg 1a duong thing x = _4 va mot tigm
¢
¢an ngang 13 duong thing y = <.
- g
- Giao diém cta hai dudng tiém can néu trén 14 tam dé; ximg ctia d thj ham sO-
12



I.2. Ki nang

Theo yéu cau ctia Chuén ki nang mon Toan 16p 12 THPT hién hanh, hoc sinh
can luyén tdp dé thanh thue cac ki nang dudi day:

Coé kha nang téi hién cac khai niém, két qua néu & muc ] trén day trong cac
tinh hudng cu thé.

Biét dua vao dao ham cip mot cia mot ham sé dé khao sat tmh ddng bién,
nghich bién ctia ham sé do.

Biét cach tim cac didm cuc tri, cac cue tri ciia mdt ham sb.

Biét cach tim gid tri 16n nhat, gia trl nhé nhat ctia mot ham s lién tuc trén
mot doan hay mdt khoang.

Biét cach tim cac dudng ti¢m can (dimg, ngang) ctia d6 thi ham sb (néu co).
Biét cach lap. céch doc bang bién thién cua mot ham 5.

Biét cach vé va doc do thi ctia mot ham sd.

Biét dua vao cac dang dd thi da néu & muc 1 trén day dé xac dinh dang dd
thi ctia ham sd.

Biét dua vao bang blen thién hodc db thi clia mot ham sb dé xéac dmh sb giao

- diém cuia dd thi ham sb d6 va mdt dudng thing song song véi truc hoanh.

Biét cach xac dinh s8 glao diém, toa do cac giao diém ctia db thi ham sé
= f{x) va d6 thi ham s y = g(x).

II. CAU HOI TRAC NGHIEM

: F A 4 % x—1
1.  Tim tap gid tri cha ham so y =—’—| .
X

A. (—e=;0). B. (—1;+0). C. (—oo5l). D. (—oo;+oo).
2.  Cho biét ham s6 y=ax’ +bx> +cx+d c6 do thi nhu YA

hinh bén. Trong céc khing dinh sau, khang dinh nao

dung? |

" a>0 | " a?>0 »

b* -3ac>0 b*-3ac<0 /
. a§0 D.a<0 ' 0 ’x
B2 =3ac>0 b =3ac<0 '

13
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- Xac dmh diu cua a, b, ¢ néu dd thi ham s

_ | ’
' Cho biét ham s& y = ax’ +bx* +cx+d €6 dO thi nhu l
hinh bén. Trong céc khang dinh sau, khang dinh nao
dung? ;
: ta >0 _
% {a >0 | . 5 | | I

b’ —3ac>0 Lb2ﬂ3ac<0 \
a<0 | . <ra?<0 |
b —3ac>0 6> —3ac <0

Cho biét ham s8 y=ax’ +bx* +cx+d ¢o dd thi nhu A
hinh bén. Trong cac khing dinh sau, khdng dmh nao
dung?
a>0 | | a>0
A. ; B. 3§ _; ;
b* —3ac >0 b°—=3ac<0 \

a<0 la<0
o] . D.{" .
{b2—3ac>0 {b'~3ac<0

Cho biét ham sb y=ax'+bx’ +cx+d ¢b do thi nhu
hinh bén. Trong cac khang dinh sau, khing dinh nao

b’ -3ac>0" b*-3ac<0

diang? -

a>0 _ a>(0 |
A4 . B. < |

{b“ -3ac>0 ' {b‘—3ac<0
C. {MO D. {MO

7

y=ax' +bx+c co dang nhu hinh bén

A.a>0, b<0,_c>0. s Yo |
B.a>0,b>0,¢>0.
C. a<0,6>0,¢>0, ~—

D. a>0,b>0,c<0,

E R
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Tim « b dé& ham sd

P= ook c6 d6 thi nhu
x+b

hinh bén

R -arsilnib=1:

Buag=1l.h=72.

C.la=16==2.

Pica=2.5b=2.

S 2 . ! S5 T s g % %
Tim m dé€ dudng thang y =x+m cat do thi ham so y = 1
X

tai hai diém

phan biét.

A. :r:e(—w;3—3\/§)u(3+3\5;+m).
B. me(—o;3-2v2) U (34242 + ).
Come (== 1-23) U (1+23; + ).
D. me(—oo;4—2\/§) U (4+242: + 00),

. A 1 . . . . " ~ A . A 3 > 3 -
Tim tat ca cdc gia tri ciia tham s6 m dé ham s6 y=x"—(2m—1)x+m°> +1 c6
hai diém cuc tri.

A. m>0,5. B.m<0,5. & m>\E. D. m<0,5.

10. Tim gia tri cta tham s0 m dé do thi ham s6 y=x'+mx> + mx ¢6 mot diém

1.

12.

cuc tri duy nhat.

A.m=0. B.m=1. C.m=3. D. Khéng cé m nhu thé.
Tim céc bo ba s0 (a; b; ¢) dé ham sb y=x +ax’ +bx+c df"mg bién trén hai
khoang (—ee;—1), (1;420) ; nghich bién trén khoang (=1; 1) va cé dd thi di qua
diem (0; 1).

A.(a; b;c)=(1;1; 1) B. (a; b; ¢) =(0; =1; 1).

C.(a; b;¢)=(=1;-3; 1). D. (a; b: ¢) = (0; =3; 1).

Cho ham s6 y = . Trong cac khang dinh sau, khang dinh nao ding?

x+1

A. Ham s6 dong bién trén moi khoang (—0;-1) va (—1;+e0).

‘B. Ham s6 nghich bién trén m&i khoang (—o0;—1) va (~1;+0).

IS5












36. Tim tat ca cac gia tri ciia tham sb m dé ham sé y=x"=3mx+1 nghich bién
trén khoang (—1; 1).

e T p—

&, il B. m>1. C.meR D. m<0.

37. Hamsb y= f_—x_;_l dong bién trén khoang nao trong céac khoang cho sau
day? g
A. (1;+%0). B. (—eo; 0). C. (0;2). D. (~e=; 1).

38. Trong cac ham sb sau, ham s6 nao nghich bién trén khoang (-1; 1) ?
—1 ] 1

A y=— B. y=—. C.y=— D=8 1.
x X *
39. Trong céc ham sb sau day, ham s6 nao cé cuc tr1?
A y=x'+5x ~3x* +2x-1. B0 (ol -
4 i P ox—
C. y=—x*—6x+9x1. Pty e oL
3 bz |

40. Tim céc gia tri cia m dé duong thing y=m cat dd thi ham sb
J= 2|Jr|3 —9x’ -HQM tai sau diém phan biét.
A . 4<m<5. B. m<4, C. m=5. D ¥m=1
41. Tim tat ca cac gia,tri cia m dé dd thi ham sb p=x"-2x>4 (1=m)x+m cét
truc hoanh tai ba diém phan biét c¢6 hoanh do x,,x,,x, théa man didu kién

7 2
X, +x;+x; <4

A. me(—%;OJ. B. me(0;1).

e P P R TR N eSS —

@ me[—%; OJU(O; 1). D. m=0.

42. Tim tat ca cac gia tri cua m dé ham s6 y = x* +3x> +(m+1)x+4m nghich
bién trén khoang (-1;1).
A. m<10. B. m<-10. C. m<-10. D. m>-10.

43. V6i céc gid tri nao cita m, o thi ham s6 y =—(x=1)" +3m* (x=1)=2 ¢6 hai
diém cuc tri cach déu gbc toa d6?

A,m_—_-_l_-%_ B. mzi-%. €. m=35. D. m=-5.
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[II. GO1 Y - HUGNG DAN GIAI - DAP AN

Goi y — Huong dan giai

1.

2.

A gid tri (—ee;1) 5 trén (=20), ham gf
Tfén(0;+°°),h€tmsf3yzl—lcétapglatrl.( ;1) ;5 trén ( ), ham g§
X

= —1+l c6 gia tri am. Vay chon C.
X

Tir d thi suy ra lim y =+ nén a>0. PJ thi khong c6 diem cuc tri gy

X—r+a0

b* —3ac <0. Vay chon B. ' \

3, 4, 5. Lam tuong tu ciu 2.

6. Tudo thi suyra lim y =+ nén a>0. Giao diém ctia do thi véi truc tung
nam phia trén truc hoanh nén ¢ > 0. Do thi c6 diém cuc tri nén y'=3ax? +}
c6 hai nghiém phén biét, do d6 ab<0,suyra b<0. Chon A.

7. x=2 latiém can dimg suy ra b=-2. Tiém can ngang 1a y =1 suy ra a=|.
Chon C.

23 A ! 0 ! 2619 a2

8. x+m=;:I la phuong trinh xac dinh hoanh d6 giao diém. Phuong trinh
nay tuong duong véi g(x) = x? +(m -—l)x+ m=0. Phuong trinh c6 hai
nghiém phén biét khac -1 (duong thing cit dd thi tai hai diém phan biét)
khi |A=m’-6m+1>0

g-=1)#0

(=, m<3—2\/§;m> 3+2\[2_ Vﬁy chon B.

11 Tir bai ton suy ra

20

~1 va 1 13 haj g2
' 1 1 A
W O b v "M O tri hay +1 1 hai nghiém ol

dy C.':O’ = N ;

e
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14.

16
1

17.

18.

- -

19.

20.

21.

22.

23,

Do do thi qua tam (1; 2) va (=1; 0) cua hai dudng tron suyraa=05, 1 +c=a.
Puong tiém can ding phai la tiép tuyén chung x = 0 ctia hai dudng tron, suy
rac=0=>a=>b=1.Co thé thi lai thdy tiém can ngang 12 y = 1 1a tiép tuyén
chung cua hai duong tron. Vay chon D.

y'=3x=3. Ham s0 c6 hai diém cuc tri x=+1. Cic gia tri cia ham so tai
x==1 chinh la gid tri cuc dai va gi4 tri cuc tiéu ctia ham s6 da cho, ching 14
3—m vd —l—m. Yéu cdu bai todn & (3—m)(-1-m)<0& -1<m<3.
Chon D.

Trong bai toan nay, truong hop ham s6 ¢é cue tri, can tim diéu kién dé

Yer >0
Yep - Yer >0 3 ChQn D.

Yeo <0
D6 thi qua 4(0;-3) va B(-1;-5) suy ra ¢c=-3 va a+b=-2. Chi ¢cd A
théa man diéu kién nay. Vay chon A.

V& dd thi y=x>—2x phia x = 0 1di ldy déi xing cta né qua truc Oy. Péy
(0;0) la diém cuc tri. Vay chon A.

' 1
2|X| 1——., +1 J
o TR TN Ceee |
WS = l-—+—nén lim y=2, lim y=-2.ChonD.
A : X = e L Xt X—p—c0

X+l
, do do i = +eo. Chon. C.
Ul vt

- 2 2 ~
Wi =|x[ neny=(

Diéu kién cta s 1a x> —2x+m =0 c6 hai nghiém phan biét khac nghiém cua
tir thirc. Suy ra m < 1 va m #—8. Viy chon B.

y'=0<:¢x2+(m—])x+in—2=0 co hai nghiém x=-1,x=2-m. Yeéu

cau hai nghiém nay phai khac nhau va nam trong khoang (—5; 5) thc m#3

va —3<m<7. Vay chon D.

Phuong trinh ¢ 2 _2¢+m=0 phai c6 hai nghiém trai dﬁu, titc m < 0. Chon A.

24, V& cung parabol )= e aaxE [*2; 2]. Git nguyén phé“m phia trén truc hoanh

va thay phz"in phia dudi truc hoanh b?lﬂg hinh déi xung cua nd qua Ox ta
duge db thi ham sé di cho trén doan [-—2;2]. Tir 6 thay ngay M =6,m = 0.

Chon D.

21






34.

35.

36.

3

38.

39.

40.

B,,B, c6 hoanh dé la hai nghiém phan biét cuia x> +2mx+3m—-2=0.
Tam giac OB, B, c6 chiéu cao OH =+/2 (khoang cach tir O téi duong thing
y=2-x)vaco do dai canh day BB, =|x, —x, \\/_ (cht ¥ rang B, B, nam
trén dudng thang y = 2—x). VAy yéu ciu bai toan duoc thuc hién khi

]
;.\/z.lxl — X, \/5

=2 hay \xl—x2|:2<:>(xl_x2)3:4 ‘i’(x,+x2)2—4x,x2:4.

St dung dinh 1i Vi-ét suy ra m? ~(3m - ) =l m= 3—+2i§— Chon A.

D6 thi khong c6 tiém cén, khong nhan truc tung lam truc dbi xung, suy ra A,
B bi loai. T d6 thi suy ra llm 'y =+ nén C bi loai. Vay chon D.

Can p'=3x"—3m <0,Yxe(-11) hay m>x* Vxe(-L1). Tt bang bién
thién cua ham s6 f(x)=x*, xét trong khoang (-1;1) ta thiy yéu cau bai
toan dugc thuc hién khi m >1. Chon B.

% —2x

(x-1)’

Tir bang dau cia y' suy ra phai chon B.

y'= khong xédc dinh tai x =1, triét tiéu va doi dau tai x=0 va x = 2.

Céc ham so trong ba phuong an A, B, C khéng x4c dinh tai x=0¢€ (—1;1)
nén ca ba phuong an nay déu bj loai. Chon D.

Céac ham so cho trong cac phuong 4an B, C, D déu ¢6 dao ham khong am nén
cac ham s6 nay khong c6 cuc tri. Vi vay phai chon A.

D4 thi ham s6 y = 2[x|’ - 9x +12|x| nhén truc tung lam truc d6i xtmg va cé
phan bén phai truc tung tring véi phan bén phai truc tung cua do thi ham sé
V= E( =2 9% +12x Co f'(R)= 6(Jc2 —3x+2). Chi y ring
7(0)=0,7(1) :5,_;’(2) =4 va lim f(x) =+, ta d& dang 1ap duoc bang

X—+m
bién thién cua do thi y= f(x) véi xe[0'+oo .Yéu cau bai toan tuong

duong voi diéu kién duong thang y =m cit nhanh bén phai truc tung cta dd

‘thi y= f(x) tai ba diém phan biét, tiic 1a 4 <m < 5. Chon A.














































61. Chuyén bét phuong trinh vé dang [

- bat/= {\/§+1J Jg>0.

2

iéu kid b2t 1A inh, tim duoc X< el
66. Dicukién x e (-7;-5)u(l ; +0o0). Giai bat phuong trin T

o5
Két hop didu kién, bt phuong trinh c6 nghiém x € <75—==):

67. DBiéukién:x>0.Dat z =log,x.

Pdp dn
Cau Dap 4n Cau Pép an Cau Di’lp_éL
! B 24 D 47 A M
2 C 25 C 48 B M
3 G 26 @ 49 @
4 D o7 @ 50 C
5 D 28 D 51 A
6 A 29 D 52 D
7 C 30 B 53 B
8 B 31 A 54 D
9 B 32 B 55 B
10 C 33 C 56 A
11 A 34 B 57 -
13 A 36 my = 8
2 = 31 B 60 D o
15 0 38 C = =—1
i 16 B 29 D & A—-—‘*f
17 D 40 B = 2
18 D 41 e T — :
r . e A 65 B
e - - I S i C
21 D 44 il
23 € e = 68 D
Bl D o
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T

o ———r Ty T

Dinh Ii 2: Cho ham s8 f(x) lién tuc trén doan [a;b]. Néu ham s6 u = u(x)

€0 dao ham lién tuc trén doan [a;8], agu(x)sﬂ(‘v’xe[a;b]) sao cho
f(x'):g(zf(x))u'(x) rong d6 g(u) lién tuc trén doan [a;ﬁ] thi

j}‘(l’)dﬂf = J g(u)du . (Céac dinh 1 1. 2 cing ding khi f< a).

tiea)

8 Cong thire tinh tich phén tirng phan:

Dinh li: Néu u=u(x) va v- v(x) la hai ham sé ¢6 dao ham lién tuc trén
b 5

doan [a;b] thi Ju(x)v'(x)dx = u(x)v(x)'h - J.u ‘(xX)v(x)dx.

L a

9. Cong thire tinh dién tich hinh phing:
- Néu hinh phang duoc gidi han béi do thi ham sé f(x)lién tuc trén doan

[a b] truc hoanh va hai duong thing x—a, x=5 thi di¢n tich cua né duoc tinh
f
theo cong thire S = j| f(x)|dx.

- Néu hinh phang duoc giéi han boi dd thi ciia hai him sé £ (x),g(x) lién tuc -

trén doan [a:b] va hai duong thing x=a.x=4 thi dién tich cta né duoc tinh
h
theo céng thie S = ﬂ f(x)- g(x)|dx.

10. Cong thirc tinh t!ze tich khoi tron xoay:
Néu quay quanh truc Ox hinh thang cong giéi han boi dd thi ham s

Y= f(x) lién tuc trén doan [a,b], truc hoanh va hai duong thing x=a. x=5 thi
h
khdi tron xoay tao thanh co thé tich V' =n J 2 (x)adx.

1.2. Ki ning
Theo yéu ciu cua Chuén kién thuc mén Toan 1ép 12 THPT hién hanh, hoc
sinh cn luyén tap thanh thao céc ki nang sau day
1. C6 khi ndng nhd lai, tdai hién lai, nliic lm cdac khdi niém, ki hidu, cdc két qua di
néu omuc 1) trén da dy trong cdc tinh h uong cu thé (itng vai mire dé nhén biet).
Vidu 1. Trong cdc khéng dinh sau ddy, khang dmh nao khéng diing?

A J‘de=C' | B. fx‘dx=—4—+C.

€, Icosxdx-—-sinx--i-C. D. isinxdx =cosx +( .
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4. Co kha nang vin dung tric tiép cic két qud (cdc tinh chdt, cong thire, dinh Ii)
da néu trong muc 1.1) (ikng véi mure do thong h:eu) cu thé 1a:

o Biét tim nguyén ham ctia mdt ham sé don gian bang cach str dung bang
nguyén ham.

e Biéttim nguyén ham cua nhimg ham sb tuong ddi don gian bang phuong
phap khai trién.

« Biét tim nguyén ham cua nhitng ham sé twong di don gian bang phuong
phép nguyén ham timg phan.

« Biét tim nguyén ham cua nhimg ham sb tucrng d8i don gian bang phuong
phap ddi bién sb (khong ddi bién s6 qua mét lan).

« Biét tinh tich phan bang céch st dung dinh nghia.

_ h
« Biét su dung phuong phap tich phén ting phin dé tinh _[x’" f(x)dx , trong

dé f(x) c6 mot trong cac dang €“", sin (kx+n), cos(kx+ n)

« Biét tinh tich phan bang phwong phap déi bién sb (ddi bién sb khong qua
 mot lan).

; :
Vi du 4. Xét tich phdan I = Jx\/x3 +1dx. Néu dat { =x*+1 thi khing dinh
0
ndo trong cdc khang dinh sau day ding?

B s IIJEdf. B. 1=l'j\f:dz. 4 1=-’-'2j\fzdr. D. 1=23j\/;dt.

Hm:mg dén giai: Hoc sinh can xem lai phuong phap tinh tich phdn bang cach
doi bién sb.

Cach giai: A va B sai vi chu'a thuc hién phép ddi can. Voi 1=x>+1 th1

dt = 2xdx . Do d6é xvx* +1ldx=— J'd: Pdi can: x=0=>7=1 va .x—1:>r-2

2
dodé = J.\ﬁdr va C la dép 4n dung.
]

1

2
v :

Vi du 5. Dit 1= I 16—x"dx va x=4sint. Khdng dinh nao trong cdc

0

khd:ng dinh sau sai? ;
A I=2n+4. B. d\'=4§05(d1 )

A ' 2 2
C f=jt6co53:d;. , D. V16-x" =4cos.
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Hu'lfi'ng dén giai: Trong cdu hoi tré’}c 'nghi!ém m‘l}/’ Iblggum ﬁrgfl mlﬁ; lélgi“;}itfa
kh nang thuc hién cac phép bién doi dé tinh tich e i
<. Hoc sinh cin nhé lai cach tinh vi phdn clia ham SO, nhé ;?c phq 'pdéi nd Ong
nhét lugng gidc va can thuc, nhé khi d4i bién sé tinh tich phan phal Ml |
Cach gidi Tir gia thiét x=4sint suy ra x'()=4cos! o = cosudy,

v D g o
B dung. Hon nita, J16-x* —J16-16sin’ =W—4]COS{

14 dép 4n can chon. -

« Biét tinh dién tich hinh thang cong va tinh dién tich hinh phang 8101 han
boi hai duong cong.

« Biét tinh thé tich khdi tron xoay tao thanh khi quay mot hinh thang cong
quanh truc Ox. ’

« V6 cac bai toan tinh tich phan nhimg ham s6 chira gia tri tuyét doi, cac
bé}i toan tinh dién tich hinh phang, hoc sjinh can nam vimmg ki nang pha
dau gid tri tuyét d6i, biét xét ddu mot biéu thirc. Péc biét, hoc sinh nén
ndm duoc tinh chat: Néu ham so lién tuc, khong nhan gid tri khong trén
mét khodng thi c6 ddu khéng doi trén khodang dé (da hoc ¢ lop 11).

- Vi du 6. Tinh dién tich hinh phdng gidi han boi cdc dwong yi 2 =%
7

6 |
K, e B. 2. c. 2.
6 7 D

,nén D sai; D

5

o 2

Huc?ngldaﬂ‘"n giai: Dé théy dd thi y= \/; cat duong thé’ing y=0 tai 0(0;0);

duong thing y=2-x cét'du'f:mg thing y =0 tai A(2;0) ; duong thing y =/x

ct duomg thing y=2-x tai B(1;1). Dién tich can tinh 13 tdng dién tich haj hinh

thang cong. .
Cdch gidi: Hinh thang cong gidi han boi p =/x, y=0,x=0.x

.

3

[ =1 ¢6 dién
tich S, = j‘x/;a'x =
0

Hinh thang cong gidi han b1 y=2-x,y=0,x=

S, B o Wik oo
2 ¥=2 ¢6 dién tich 3

: @[ _1
S,=|(2-x)dx=- =—.
= J(-x) > =32

1

3 7 b r T L4
Dién tich can tinh la §, +S, = = A la dip 4an duing.
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43.

44.

45.

46.

47.

48.

Goi S 1a s6 do dién tich hinh phéng gi6i han béi dudng y = xsinx, truc
hoanh va hai duong thang x =0, x = . Khang dinh nao sai?

VIS
A. Sln5=l. B. cos2S=1. ¢ tan—i—zl. D. siHS=1.

Ki hiéu §,,S, lan luot 1 dién tich hinh vuong canh bing 1 v dién tich hinh

phing giéi han béi cac duong y=x"+1,y=0,x=-1,x=2. Chon khing
dinh ding.

A. S =S,. RS ¢ .s]:%S,. D.%:ﬁ
1

Hinh phang / c6 dién tich S gdp 30 14n dién tich hinh phing gi¢i han boi cac
dudng y° = 2x,x—2y+2=0,y=0. Tinh S.

A. S=20. B. $=30. C.S=40. D. $=50.

Ki hiéu S,,S,,S, Ian luot la dién tich hinh vudng don vi (c6 canh bing don

vi), hinh tron don vi (c6 ban kinh bang don vi), hinh phang gi¢i han béi hai

dudng y =2+1-x*,y=2(1-x). Tinh ti s6 SI;S" .

2

S LSS Sy e L

5 3 S5 4 S, 2 8 5
Tinh thé tich ¥ cua khoi tron xoay tao thanh khi quay quanh truc Ox hinh

A.

phing gidi han boi cac duong y=/x,y=0,x=1,x=8.

A V= B.V:%Tn. C.V =18,6. D.V=93Tn.

Tinh thé tich V cua khéi tron xoay tao thanh khi quay quanh tru¢c Ox hinh

. e ‘ i
phing giGi han boi cac duong y =+tanx,y = O,x.:o,x::‘..

Fte s B.V=%. G b yTn2
4

-+ 2

) Tinh thé tich ¥ ctia khéi tron xoay tao thanh khi quay quanh truc Ox hinh

phing gi6i han bai cac dudng y =4-x°,y=0.

71 5127 8
- o Ty C.V= . D.V=on®
f = 2 B 82 15 3"
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g1

12.

14.

Ham sO nay c6 dao ham la —sinx, khac véi f(x)=cosx, vi vay

: X+a - : a2
F(x)=2cos S - 20.' khong phai la nguyén ham cua f(x).

Pap an can chon 13 B.

~ . P a o . - " A f s _.C
Goi y: Dé dé tinh dao ham, nén viét F(x) dudi dang F(x)=ax+b+ ;

x+1
Ta Céxz+(I+Cosa)x+cosa_3:x(x+l)+(x+l)coso:—3. Tir dé co thé
e . - ~ 3
viet lai ham so cho trong dip an A Ia F(x):xnkcosaﬁxH’

3 .
Fi(x)= 1+( 1), = f(x). A khong phai la dap an can chon. Lam tuong tu
x+1) :

voi cac dap an con lai ta thay C la dap én can chon.

Goi y: A, B, C déu théa mén diéu kién F(e)=2e con D thi khéng. St dung
bang nguyén ham cdc ham sé thuong gap, ta thday B la ddp dan ding.
Trén khoang (0; +w), taco F(x)=Inx+C. Do dé F(e)=Ilne+C=1+C, vi
vay tr gia thiét F(e)=2e, suy ra 2e=1+C, hay C=2e-1 va
F(x)=Inx+2e—-1. B la dap an dung

cos(x—y)+cos(x+y)
> :

Ap dung cong thirc bién tich thanh tong cos xcos y =

. Goi y: F(x) la nguyén ham cua F'(x). Tinh nguyén ham nay, két qua chira 3

tham s6 la a,b,C . Lap hé 3 phieong trinh tinh a,b,C tir cdc diéu kién con lai.

Khai trién biéu thuc F'(x), ta duoc:

Fl(x)=

—+— |
COS X SIn” x

asm'xcos'x+b\/5:-a+b\/§( 1 ] )

Py 2
Sin” XCoS Xx

. 2
COS x SIn x

F(x)sz'(x)dx:I(aer\/g( 1, + 1 Ddx

:ax+b\f?_;(tanx—cotx)+C ")

Cac diéu kién con lai la

5%







T

Y

&

o AN e + O
26. Bsal vi Vvx" -9 = c0321—9:\/9tan21=3[tan!|.

29. Phuong trinh xac dinh hoanh d¢ giao diém hai dudng 14 x=+/x. Phuong
trinh nay c6 ding hai nghiém 1a x=0,x=1. Do dé, dién tich S can tinh la

24. C saivi sin8x>0,\v’xe[0;n}:> ]singxdx>0.
0

l -
S = ﬂx—\/;’dr. Chu y ring trong khoang (0;1) phwong trinh x—/x=0
0

khong ¢6 nghiém nén x—+x ¢6 diu khéng déi. Do do,
1

J(x-\/;)dx

0

S:

. (Cac cau 30 — 36 giai tuong tu).

42-43. Tinh § tuong tu nhu trong cac cau 29 — 41, sau d6 su dung gia tri luong
gidc cua cac cung luong giac dic biét.

9

44. S, =1,8, = [(x"+1)dx.

=

2

> . I
45. H co dién tich gap 30 lan dién tich hinh gidi han boi cac duong x = Ey“

j(};-ZerEde

0

»

x=2y-2,y=0.Dod6 S=30

46. Sl = 1,52 - TE,S_,' — .

lJ.(Z(l—.vc)—Q\/?)aﬁx

8

47. V=n j(i/;)) dx . Cac cédu 48, 49 lam tuong tu.

50. Cé V :-—,V?.:T[

| o
51.»1:4",1/2:7:]( }dx-

39







3. Tap so thurce va tap 56 phire:

- Tép hop céc s6 phirc duoc ki hiéula C. Nhu vy C = {z =a+bi

}.

- Tép hop s6 thue 1a mot tap con cuia tap sb phire: M&i sb thue a dugc coi la
s6 phitc z=a+0i. Do d6, R C.

- Nhu vay, trong C, céc s6 phirc ¢6 phan 4o bang 0 lcffmg la cac s6 thuc.
Céc sb phue ¢6 phan thue bang 0 duoc goi 1a cdc sé thuan 4o hay céc s 0.
4. So sdnh hai sé phirc: Trong C |
zy=a,+bji, z, =a,+b,i, (a,a,,b,b,eR) thi z, =z, @{: _:2
5. Biéu dién hinh hoc sé phive, médun cia sé phive:
S6 phue z=a+bi (voi a,b e R) co didm biéu dién 1a M (a;b).
Do dai cua vecto OM duge goi 1a modun cta s6 phirc z
Néu ki hiéu |z| la modun cta sé phitc z=a+bi thi |z| =vJa’+b*.
6. 86 phirc lién hgp: S6 phitc lign hop ctia z=a+bi 1a Z=a—bi.
7. Cong, trie, nhan hai sé } phikc:
Thue hién theo quy tic cong, tri, nhan hai da thire, nhu viy:
(a+bi)+(c+di) =(a+c)+ (b+d) .
(a+bi)—(c+di) =(a-c)+(b-d)i.
(a+bi)(c+di)= (ac—bd)+(bc +ad)i.

8. Chia hai s6 phire: Cach thuc hién phep chia 14 nhan s bi chia va sb chia véi
s6 phurc lién hop cua s6 chia;

3

Cuthé L=t

ok AYA _
Ciic két qud ciin nhd:
1. 7 =-1.

¢4l ‘a+bi|=\/;12+b2 3 a+bi=a—bi.
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.2. Ki ning

Theo yeu cau cua Chuan kién thite mén Toan 16p 12 THPT hién hanh, hoc
sinh can luyen tap thanh thao c4c ki nang sau day:

1. C6 kha nang nhé lgi, tdi hign lgi, nhdc lai cdc khdi niém, ki hiéu, cdc két qua da
néu ¢ muc L1) trén day trong cdc tinh huén @ cu thé (g véi mikc do nhdn biét).

o Tinh huéng I: Xac dinh phan thuc, phan a0 ctia méot sb phue.
Vidu 1. Tim phan thiec va phan do ciia s6 phite z thoa mén (2—i)z =3+4i.

3 g o : :
A. Phan thie la 5 phan do la 1—51—1'. B. Phan thuc la % , phan ao la %1

~ . N 3 ) N : 11
C. Phan thuc la 2, phdan ao la 11. D. Phan thuee la —52— phdn ao la F

Huong dan giai: D{éu kién vé z cho boi mot phuong trinh bac nhat doi véi z.
Gial phuong trinh nay dé tinh z, tir d6 tim duoc phan thuc va phan ao cta né.

Cdach giai: Nhan hai vé phuong trinh véi 2-i=2+i, ta duoc

(2+i)(2-i)z=(2+1)(3+4i)hay Sz=2+11i. Tudé z=%+%'. S6 phite z ¢6

A e kgt oo et b TR
phén thuc la g,phan a0 lagl. B la dap an dang.

o Tinh huéng 2: Biéu dién hinh hoc mét sé phic da cho. Tim sé phuc lién
hop, médun cua mot s6 phire da cho.
Vi du 2. Tim diém biéu dién s6 phitc z biét z2=-2+i\3.

A M(248). B M(243).  c P(-2-3). D 0(2-3).

Cach giai: Vi z =z vaz=-2+i3 suy ra z =SB Do as P(—Z;—ﬁ)
la diém biéu dién ctia s6 phuc z. Dép an ding la C.
2. Biét thwe hién cdc phép todn don gian voi 50 phitc: Cong, trie, nhan, chia,
nang lén liy thica cdc so phuc.

Vi du 3. Cho hai 56 phite z,=3~~2i,2, =N2 +3i. Tim phdn thuc cia sé
Phire lién hop ciia v = z|Z+Zzg +2,2;.

‘A 642, B7, - . 16 D2

o~ . A r et ,oe - A A A » -
Huong dan giai: Hoc sinh can nh¢ lai khai niém phan thue, phan ao cua s
Phire; 6 phire lién hop va c6 ki nang thuc hién cdc phép tinh cong va nhan sb phie.
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28.

29,

30.

31.

32.

, | _ .13, Goi M la diém big,
Cho z 1a s6 phirc théa ma‘in(l—i)(z+2:)=2"f+3z

2-rtl vA N 1 diém trong mét phang toa do sao cho

(@,W) la goc luong gidc tiy

- A "
dién s6 phuc v=

Z

(@,ﬁ)=2¢,|0_‘zv{:‘5ﬁ‘, trong do6 @ =

5 r - A r }‘ 7 ?
dau Ox, tia cudi OM. Diém N nam trong goc phan m (R :
A. Géc phan tu (I). | B. Goc Ph"i“ 0 (II\)/')
C. Géc phén tu (I11). | D. Gée phan tu ( '_
Trong céc khang dinh sau day, khéng dinh nao dung?
A. Trong C, can béc hai cua -9 1a 3i.
B. Trong C, cin bac hai ctia -7 12 NS

C. Trong C, can bac hai ctia 3 la i\/g.

D. Trong C, can bac hai ctia —1 14 i. |
Tinh tong cac binh phuong médun cac nghiém ciia phuong trinh sau
(xz-3)(2x4+3x2+1)=0. |

A. 9. B. 10. C.1L D, 12, ¢
Tinh téng c4c nghich dao cac nghiém cia phuong trinh 6x* +19x” +15=0.
ALy B2A c.o. D. 2.

2

Cho phuong trinh bac hai véi hé s thue @z’ + bz +c = 0, (@#0). Xét trén
tap s6 phirc, khang dinh nao trong céc khang dinh sau sai?
A. Phuong trinh béc hai d4 cho luén ¢6 nghiém.
B. Téng hai nghiém cua phuong trinh da cho 1a —E,
a
C. Tich hai nghiém ciia phuong trinh d cho 1a <.
a

D. Néu A= b® —4ac <0 thi phuong trinh d3 cho v0 nghiém.

IIL. GQT Y - HUONG DAN GIAI- DAP AN
Goi y - Hudng din gidi

1.

70

Nh6 lai céc dinh nghfa phén thye, phin go, s 1
ding. Vi R < C nén 0 12 s6 phire, do d6 D sai.

huén 30, ta thiy ngay A, B, C

e

. Ew






5671070 54
R L ,M[H_,gé}md@tanwrzg.ﬁ-— T
== t+—j,v=—=——i,doddé M| —;
28, Z 5+5r1 T 5 452 : l—lanztp i
Ap dung cong thirc luong giac sin2(p:m-- 1+ tan® @

[0 d6 N
- : 0, cos2¢ < 0.
cht ¥ ring tang <-1, ta d& suy ra dugc sIn 2¢ <

thudc goc phan tur (I11).

Dap an st
e =R PR Au Pap an
Ciu Pap an Ciu Dap an (_:;: c
| D 12 B = “i o
2 A 13 D 24 =
3 C 14 2o L e =
4 @ 15 B 26
5 B 16 A 27 C
6 D 17 D 28 C
7 ¢ 18 B 29 C
8 A 19 G 30 A
9 B 20 ¢ 31 C
10 B 21 B 32 D
11 & 22 A
Chu dé 5
KHOI PA DIEN
L. KIEN THUC VA KI NANG CAN THIET
(hmh‘)’zlfg; khoi (hinh) da dién, chu yéu ta dé cap dén kh; (hinh) lang tru va khéi

Cdc khdi niém:
1. Khéi (hinh) ling try tam gidc, ti gidc,..., n-gic
- Hai mat day la hai tam giac, tir giac | oA e

- g 2 S eragi I1=E11 4 = . =
(phang) day song song; cé;c mat bén la nhing hink %ufh (kll(;ln)hPaIEg nhau, hai mat
song va bang nhau; ¢6 thé noi dén goc giita canh ben v oo Cac;canh bén song
hiéu, chang han, thuong viét khéi (hinh) Iing try {4, - Mat (phang) d4y; vé ki
(hinh) lang tru ti gidc 1a ABCD.4'B'C'p ' 8lac la 4BC 4B ", khoi
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_ Chiéu cao la khoang cach gitra hai mét phéng day; chéng han néu canh bén
dai ( va goc gitra canh bén va mat day bang @ thi chiéu cao 1a 1= (sinu;

- Khéi (hinh) ling try ding 12 khéi (hinh) lang tru ma canh bén vudng goc
véi mat (phang) ddy, cling tirc 1& mo1 mat bén 12 mdt hinh chi nhat; mat phéng
chira mot mat bén vudng goc v&i mat phang déay; do dai mdi canh bén 13 chiéu cao
ctia khoi (hinh); '

_ Khéi (hinh) ling tru tam gidc deu, tir gidc déu,..., n-gidc déu la khéi
(hinh) lang tru ditng ma day la tam gidc déu, tr giac déu,..., n-giac déu; can phén
biét, chang han, hinh lang try tam giac déu v6i hinh lang tru c6 day la tam giac déu;

- Khéi (hinh) hop la khéi lang tru (t&r gidc) ma day la hinh binh hanh; khi do
moi mét bén cling nhu mat day cua né ddu 12 hinh binh hanh; vay hinh hop ¢6 6
mit, hai mat nam trén hai mat phang song song goi la hai mit d6i dién; hinh hop
<6 8 dinh, hai dinh khdng cung nam trén mot mat 1a hai dinh déi dién; hinh hop
c6 12 canh, hai canh d6i dién la hai canh khong cung nam trén mot mét nao; hinh
hop cé bon dwang chéo 1a bén doan thing ndi 4 cap dinh dbi dién. Bon dudmg
chéo cua hinh hop cit nhau tai mét diém 1a tAm (ddi xirng) cua no. (Can phén biét
dudmg chéo cua hinh hop voi dudng chéo cua mot mat cua hinh hop!). Khdi hdp
dimg la khéi hép ma canh bén vudng goc v&i mat (phang) day.

- Khéi (hinh) hop chir nhit la khdi (hinh) hop dimg ma day la hinh chit nhét,
tize 1a khdi (hinh) lang tru ding ma day la hinh chir nhat; 6 mat ctia n6 déu 1a hinh
chir nhét; ba canh cung di qua mot dinh vudng goc voi nhau timg d61 mot; bdn
dudmg chéo cua hinh hop chir nhat co dd dai bang nhau: hinh hop chir nhét kich
thude a. b, ¢ (40 dai ba canh cung qua mot dinh) thi c6 dudmng chéo dai

Jal+h> +¢* ; mbi mat phang di qua cdc trung diém cua bén canh song song la
mot mat phing ddi ximg cta hinh hop chit nhit (cAn phén biét hinh hop chir nhat

v6i hinh hop ma ddy 12 hinh chir nhat).
_ Khéi (hinh) lap phuong canh a 1a kh

bing a; 6 mat cua no déu 12 hinh vudng; mdi
la mot mat phang déi ximg cua hinh lap phuong.

- Thé tich cua khéi lang tru la V = Bh, trong d6 B la dién tich cua da giac
day, h 1a chiéu cao cua ihéi: dién tich xung quanh cta khoi (hinh) lang tru la
tdng dién tich cac mat bén cua no; dién tich toan phin cia khoi (hinh) lang tru 1
tong dién tich xung quanh vdi dién tich hai mat day cua nd; thé tich cua khéi hop chit
nhat kich thudc a, b, ¢ 1a V = abe, dién tich toan phan cua no la 2(ab + be + ca); thé
tich khdi 14p phuong canh a 12 a, Fiién1 tich toan phan cua né 1a 6a*; dé nhanh
chéng tra 101 cdu hoi tric nghiém ve& thé tich, dién tich cua khoi (hinh) lang try,

cAn nhé mot sd cong thic (da biét tix cAp THCS) tinh dién tich tam giac nhu

5i hop chir nhét cé tt ca cac canh
mét phang di qua cap canh déi dién
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- Thé tich cua khéi chép 1a v =%Bh, B 1a dién tich da gide day, A la chiéu

cao cua khoi chop (can nhé hé s6 % nay!). Cong thiic nay gitp ta doi khi tinh duoc
khoang cach tir diém dén mat phang hay dién tich cua da giac (khi biét thé tich!).
Dién tich xung quanh cua khéi (hinh) chép la téng dién tich cac mat bén cua
no: dién tich toan phan la tong dién tich cdc mit bén vai dién tich mat day.
Pé gitp tinh toan nhanh thé tich khéi chop nén chi y :

* Thé tich khéi chop khong thay déi khi dinh thay o)
doi trén mat phang, song song vo1 mat phang day ;

* Xét hai khdi chép tam giac cung dinh S.ABC,
S.A'B'C’ ma cic bd ba diém (S, 4, 4°); (S, B, B') va

(S.C€7) thang hang thi Vom0 . o0 ; SC (cong
Vi SO B St
thirc nay khong dung cho khéi chop tu giac!).

Ngoai ra, tir cong thirc tinh dién tich tam giac déu

5

w8 : i ; - ; A a
canh a la (tam giac déu ABC canh a c6 chi€u cao

, ¢6 trong tdm G thi

a 2 e T e A ; ajﬁ
GA = — ), nham nhanh duoc thé tich khoi tir dién déu canh a la .
3 12
3. Thé tich khéi da dién
- Nén biét phan chia, lap ghép khéi da dién mot cach thich hop dé tinh nhanh
chong thé tich.
- Chu y rang mat phang di qua tam doi xung cta khoi da dién chia khéi
thanh hai phan c6 cung thé tich.
- Phép vi tur ti s& k (dinh nghia tuong tu phép vi tu trong mat phang) bién
khéi da dién c6 thé tich ¥ thanh khéi da dién c6 thé tich [k[' V.
- Cét khbi chop dinh S boi mot mat phang song song v6i mat phang day (cat
canh bén cua khébi chop) thi duge mot “khdi chép con” cung dinh S va mét khi

¢hép cut (mdi mat bén 1a mét hinh thang), thé tich cua né bang hiéu thé tich cua
khoi chop lon vai thé tich khdi choép con.

7}




[I. CAU HOI TRAC NGHIEM

1.

76

ABCD la hinh t}loi co h'Ili dlrimg ‘
nh thé tich khoi hop do.

D. 24’6 .

Cho khéi hép dtmg ABCD.A'B'C D', trong do
ChéOA(.‘:a,BDza 3 VéC@Jﬂ'l/IA':' a\/_,?,'.']

a}\g : B. _._._“if _ 2 a'i\[é :

: |
£ : 'ry 1a hinh thot ¢ hg;
Xét khéi hop ding ABCD.A'B’C'D’, trong do AB”CD‘“;I E‘D“ Pinit a\gﬂ
dudmg chéo AC = g, BD = g+/3 va c6 dudmg chéo cuia hind 80P '
Tinh thé tich khéi hép do.
C. a'6.

a'\J6 a6
6 ABCD la hinh thoi canh g,

A.

D. 2a3£.

B. :
4 2

Xét khoi hop dung ABCD.A'B'C'D’, trong d
BAD =30° va AA’ = 2a. Tinh thé tich khoi hop.

A.

3

D. .

a' a’

A —.
2

Xét khoi hop ABCD.A'B'C'D’, trong d6 ABCD la hinh thoi ¢o cac dubpg chéo

s 2 = S ot z = Aand

bang @ va 2a ; canh bén 44’ = 2a va tao v6i mat phang day goc bang 30",

Tinh thé tich khéi hop.

.
a

B¢ C. —.
3 4

3 3 / 44’
A2 B Gia’ Pt
3 3

Xét khéi hop ABCD.A'B'C’D’, trong d6 4'ABD 1a & dién déu canh a. Tinh
thé tich khdi hop dé.

a'y2 B.

A. :
4

ats/2 2
T C. 06 X D. a"\ﬁ.

Xét khdi chop ti gide SABCD, trong d6 SABC la t dién déu canh a vi
ABCD la hinh thoi. Tinh thé tich khéi chép do. .
0'3 \/E a] '\/-2_ 6.'3 '\/i
A. : B. —. G : D
2 3 6 ek

Cho khdi chép dinh S, c6 th tich bang ¥, ¢6 ddy 1a hinh vudng ABCD véi tam |
Diém P thudc canh 4B, diém Q thuge canh 4D (P, khong phai 14 dinh hinh
vuong) sao cho PIQ 1a gbe vudng. Tinh thé tich khé; chop ti giac S.APIQ

v y

a*\2

74
A. K. By = @
5 B 3







13.

14.

15.

16.

A7

18.
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Xét khdi lap phuong ABCD.A’B'C'D’ canh a.

(:01 S 1a diém thudc duong thang A4 ' sao cho
" la trung diém cua SA. Mat phan}: (P) qua

céc diém S, B’ D' cit duong thang 4B ¢ E,

cat duo'ng thang AD o F.

Tinh thé tich phan khbi lap phuong nam trong

khoi chop S AEF.

5a° 2a’
A —. B

6 3
s —cf— D. gi

3 4

Xét khoi lap phuong ABCD.A'B'C’D’ canh a. 601 S la diém thudc duong
thang AA" sao cho 4’ 1a trung diém cua SA. Mat phang (P) qua cac d]em
S, B, D’ cat duong thing 4B & E, cat duong thing AD & F. Tinh the tic}
phan khéi chop S.AEF khong nam trong khéi 1ap phuong.

~ 3

1 \
- e 20 D
3 2 3 4
Cho khoi lap phwong ABCD.A'B'C'D’ canh a. Goi S la diém thudc duong
thang A4’ sao cho A’ 1a trung diém cua SA. Tinh thé tich phan khéi ChOp

S.ABD nam ngoai khéi lap phuong.
3 3 1
W e i Goa D, o=
24 12 48 36
Cho khéi lap phuong ABCD.A'B'C'D’ canh a. Goi S la diém thudc duong
thang 44" sao cho A4' la trung diém cta SA. Tinh thé tich phan khéi chép

S.ABD nim trong khoi lap phuong.

‘
a 7a a3

A — B. — 14 3a’
4 24 ° o) D. b

Cho khoi lap phuong ABCD.A'B'C'D’ canh a. Goi O’ 1a diém dd; Xung cid

tdm O ciia khoi lap phuong qua mat phing (A'B'C'D |
choép ta giac O ABCD. ). Tinh thé tich khoi

3 3
a 2a 3
AL —. B. —. a,
3 3 C. Osk D. .3%
Cho khoi lap phuong ABCD.A'B'C'D" Canh a. G
tam O cua khéi lap phuong qua mit phing (4 BOE% la diém déi Xung C“ﬁ
khéi chop tir gidc O’ ABCD nam ngoai kh01 lap phuon > Tt g
a"' as g. | 1
o £ BN Dy
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1ém ,
lich ¢

mg
10p

mg :
op

19

20.

21,

22,

P23,

24,

25,

Cho khbi lap phuong ABCD.A'B 'C'D’ canh ¢, O’
Goi O’ la diém dbi ximg cta tdm O cta khéj g
lap phuong qua mat phing (4 'B'C'D"). Tink e .
thé tich phan khoi chép tir gidc O"ABCD nam YW
trong khéi 1ap phuong, 1
A fl_a_ B. :53_ A -+
9 ? '
¢ B2, ry, 2, il
27 27
Cho khéi lap phuong ABCD.A'B'C'D’ canh g il o
Goi S la diém déi xtng cta tdm /[ cua hiny  |4- =
vudng ABCD qua mat phang (4'B'C’D"). Ting A B
thé tich khéi chop t glac S.ABCD. :
5 2 B.L. ez p 3
3 2. 3. 4
Cho khéi lap phuong ABCD.A'B’C’D’ canh a. Goi S 1a diém ddi xtng cua
tam [ cua hinh vuéng ABCD qua mit phang (4'B'C’D’). Tinh thé tich phan
khéi chép tir gidge S.ABCD nim ngoai khoi lap phuong.

3 3 _ Ya° -
o B.o .. s . 22

6 ' 12 9 9
Cho khéi 1ap phuong ABCD.A'B'C'D’ canh a. Goi S 1a diém dbi ximg cua
tdm / cua hinh vuéng 4BC D qua mat phang (A'B'C'D’). Tinh thé tich phan

khdi chép tr gidc S.ABCD nam | trong khoi lap phuong.

5
e 7a’ B 22 Sa’ C 25'—. D. i_
12 12 ; 3 9

Cho khbi lap phu’(mg ABCD.A'B'C’D’ canh a. Goi S 1a diém dbi xtng cua
tdm / cua hinh vuéng ABCD qua mat phang (4’B’C’D’). Tinh thé tich phén
khdi 1ap phuong ndm ngoai khdi chép tir gide S.ABCD. |

| . 2a° 4a’
A le L g D. =
12 - 12

Xét khoi chép tam giac déu S ABC c6 thé thh V=243, goc gitta mat ben

- va mat day bang 30° Tinh chiéu cao cia khdi chop.

A.2, B. 3. C. 1 D. 3,
Xét khOl chop tir giac déy SABCD ch tat cd cdc canh déu bang a. Tinh thé
tich khéi chép. ,

. . 3 3
1\/_ B 03.\/5 c‘ a f . | D a '\/-2—

2 . T g 12.
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26.

27.

28,

29,

30.

S3ls

32,

80

-S4 =3a tao voi mat phang day goc 30°
do dai canh AB. '

A r

1A lélC déu Callh u. ] ll’lh Lhn
et ki chop t 818¢ 88y 5 4pCD ma SAC 2 tam £ Q

tich khdi chop- _1( : D &3
3 a"\/‘ “d 3 - L 3 oo

a3 B. —X3 6=z * | 3.
A. T2 4 o hidu cao cua khoi chop bgmg
Xét khdi chép tam gide ddy 5 4BC canh day & »C‘}:lép. ‘ -
chidu cao cia tam 814 déy_ Tinh thé tich khczl r
| e 54

a3 a3 a. e
A. , B. T 1 g

12 8
Xét khdi chop S.ABC, day ABC 1a tam g1ac yuon

A. aﬁ. B. a. | C. 2a. L) 0\5.

Cho khéi chép tir gidc ddu S ABCD, c6 canh ddy bang a va co thé tich |

_ a3

V=

khoang cach tir J dén cic mit bén va d¢én mat day déu bang r.

=——, B.r=——. C.r=—-.
2 3 4

3
6
Cho khéi chop tam gidc S.4BC. Mat phéng di qua trong tAm cua ba mat bén
cua khoi chép chia khoi chop thanh hai phan. Tinh ti s6 thé-tich hai phan do.

1

Cho khoi chép tam gide S.ABC 6 thé tich V. Goj

ba mét bén ctia khdi chép. Tinh thé tich khé; chép S.GHK.
LY ' /4 | 14
= B, L. oL 4
9 27 B, 27

Cho khdi hép ABCD.4p'c'D’
o thé tich bang V. Gy £ 1a
dicf;.m sao cho _A_szﬂ‘g Tinh
thé tich cua khéi da dia .

cac diém chun vn_gom
va khoi chOp tam gide g 41y

a4y DR

B, o
7 B,.I.;._
c. o 14
54 D 2V
' 54

D. r=——1:_1

G, H, K 1a trong tam 4 |

g can AB = AC, can? by |
Biét thé tich khoi chop bang &, tinh |

. Tim sb dwong r sao cho ¢6 diém J ndm bén trong khoi chép, mi |

j

T

F»




33.

34.

35.

36.

.37,

Cho hinh chop t gisc dinh S, c6 thé
tich V, day la hinh binh hanh ABCD.
Iay diém S’ sao cho SS'=2A4B. Tinh
thé tich cua khéi da dién gdm cac diém

chung cua kh01 chop d6 va khoi chop t
giac S ABCD.

5V -
A = : B.ﬂ.
9 9
v V
g, ==, s
3 | D. 3

Cho khdi chép tam gidc S.ABC co thé tich V. Goi S’ 1a diém x4c dinh bi

SS'=2AB. Tinh thé tich phin khéi chép SABC nidm trong khdi- chop
S’ ABC.

4 Vo v | 4
TR

A. = B. C. —. , . D, =
2 &+ 6

Cho khdi chop tam gidc S.ABC c6 thé tich V. Goi S’ 1a dlem xac dinh boi
SS'=2AB. Tinh thé tich khdi da dién 16i cé cac dinh 13 S, S, 4, B, C.
V 4y
A. 2V. B.3V. C. 3—- | D, —.
: 2 ‘ 3
Cho khéi chép ti glac S.ABCD, S4 vudng gbc vGi mat phang day; ABCD la
hinh thoi canh bang a, goéc tai dinh 4 bang 60°. Khéi chép c6 thé tich

3

V=% Goi E la diém xac dinh bdi AE =2AC. Tinh khoang céch tir diem
7 O

E dn mit phing (SBD). o
a\/_ af C. SQJE. D. a6

4

Cho khéi chop tir gmc SAB(,D SA vuong goc vO1 mat phang day va ABCD
|2 hinh thoi canh bang a, goc tai dinh 4 bing 60° Khdi chép cb thé tich

y @3 i E1a diém xdc dinh boi AE =24C. Tinh khoang céch ti

diém E dén mat phang (SBO). _
3 | a3
s A.a\[g. B-g%/_— . C.T. - D. a.
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Chi dé 6
MAT NON, MAT TRU, MAT CAU

L. KIEN THUC VA KI NANG CAN THIET
1.1. Kién thirc

1. Mit tron xoay. Mit nén (tron xoay)

- Hiéu dinh nghia mit tron xo0ay, khdi tron xoay Biét giao clia mit tron xoay
vO1 mat phang chita truc, voi mit phang vudng gbéc vai truc.

- Hiéu duoc khai niém mdt non tron xoay (con goi 14 mat nén), dinh, goc & dinh,,
dudng sinh; giao clia né véi mit phang chira truc, mit phang vudng géc véi truc; hinh
(khdi) nén tron xoay, mit day, mat xung quanh, chiéu cao, duong sinh cia né.

- Nh6 duoc cac cdng thic tinh thé tich khéi nén; cong thirc tinh dlen tich
xung quanh, dién tich toan phén ctia mat nén:

+ Dién tich xung quanh cta hinh nén tron xoay: S,, =mrl, r 12 ban kinh
dudng tron day, / 1& @6 dai duong sinh.
+ Thé tich cua khdi nén tron xday: b= %mﬁh , 7 1a ban kinh duong tron day,

h 1a chiéu cao (d6 dai duodng cao).

2. Mit tru (tron xoay)

- Hiéu duoc khai niém mit try tron xoay (cdn goi la mat try), tryc, ban kinh,
dudng sinh; giao ciia mét tru voi mat phing vuéng goc véi truc (biét rang giao cla
mat tru voi mat phang khong song song véi dudng sinh 12 mot elip); hinh (khoi)
tru, mit ddy, mit xung quanh, chiéu cao, dudng sinh cia no.

- Nhé dugc céc cong thuc tinh thé tich khéi tru; cong thic tinh dién tich
xung quanh, dién tich toan phan cua mat tru: :

+ Dién tich xung quanh cua hinh tru tron xoay: S, =2nr/, r la ban kinh
dudmg tron day, [ 1a do dai duong sinh.

+ Thé tich ctia khéi tru tron xoay: ¥ =mr’ki, r 1a bén kinh dudng tron day, A
3 chiéu cao (d@ dai duong cao).

3. Mit ciu

- Hiéu duoc khéi niém mat (kh
kinh; tinh ch4t dbi xtmg cua mat cau

61) cAu, tdm, ban kinh, duong kinh, mat phang
qua tam, qua duong kinh, qua méit phang kinh ;
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2 |3 du’(‘)‘ng tron lon; g‘iao lela m?‘tlcé.u "
e tamb'n kinh la duong tron, bang .ban kink :
bé h?? ?fla mat cau tal tiép diém); giao cyy -
c(ijilég:'l,ckhi cé:ip diém nay trung nhau thi d“é“r{g

€100 cua mat cau v@i mat phang
mat phang cach tim mot khoang ¢
mot diém (mat phing d6 goi la tiep
cau voi duong thiang thlﬁ!‘f)ﬂg Ja cap
thang tiép xuc v4i mat cau. ’ P o T B i

- Mit phing (duong thing) tiép xdc VO: mat 'cauhljhl \Egub’ng thf:ing) tiég cac?h
tir tim mat ciu dén né bang ban kinh mat cau; f.ﬂ@f p a“i g V'I_) Xilo
v&i mat cau tam O tai diém M thugc mat cau kh: il Ehl k' ldn e G ul Ol
tai M.‘M‘at cau goi la ngoai tiép khoi da dién _(1'01) .11611 n? e cda " Cua d‘a
dién d6. Khi xét cac yéu td cua mat céu nhu tiép dien, \tlep fuyen o d,..., til tht
giao cua toan bd hinh véi mot mat phang thich hop va thuong coO the dua vé yy
mét duomng tron trong mat phang d6.

- Nhé duoc cac cdng thire tinh thé tich khéi cau, cong thue tinh dién tich mit ciy

X 2 * ¥ ’ - A
+ Dién tich cia mat cau: S =4nr’, rlaban kinh mat cau.

2 T % 4 \ v . - A
+ Thé tich cta khéi cau: V = E:rcr_3 , r 12 ban kinh mat cau.

I.2. Ki ning

1. Biét cach tao nén mit nén, mit tru, mit ciu nho quay hinh, quay dwing
quanh m{t dwong thang (goi 1a truc). Biet moi mit do 1a quy tich ctia cdc diém
théa mian mgt tinh chat hinh hoc quen thuge.

Vi du 1. Cho tam giac ABC vudng tai 4. Khi quay canh BC ctia tam gidc 4B
quanh canh 4B thi hinh tron xoay dugc tao thanh 13 hinh gi?

A. Mat xung quanh cua mét hinh tru, B. Mt cau.
C. Mét xung quanh ciia mdt hinh non. D. Khéi nén.
Pap an C.

~ Hudng dan gidi: Hoc sinh d& quén mat d4

nhac dén né. C6 thé coi 14 céu hoi & cAp d6 nhan
Vf du 2: Ch'o. hinh chép S.4BC ¢6 day ABC 13 tam giac vudn :'tai B, canh bé"

SA vugng, goc VCfl- ddy. Khi quay cac canh cua Hinh chop S 4B g z;nh true

AB, hoi ¢6 bao nhiéu hinh nén duoc tao thanh? PAATE Smmg |
A. Hai hinh non.

y ctia hinh nén. 3 day, dé bai &
biet, .

B. Mbat ks :
C. Ba hinh nén, Mot hinh nén.
Dép 4n A. ~ D.Khéng ¢6 hinh nén néo.




ong d
kﬁ“qu}’ :;::i?r{lhae bai héi c6 bao nhiéu hinh nén duge tao thanh chir khong
hoi e P C;‘la hinh chép ta duoc hinh gi? (ta thira nhan mot cach truc
quan quay oL quanh 4B ta khong duge hinh non). Co thé coi day la cau hoi o

cap d6 thong hiéu.

Vid ;1‘ 3. dTrong khong gian, cho haj diém A4, B phén bi¢t va M la diém thay
déi sao cho dién tich tam giac MAB khong d6i. Hoi diém M thudc mat ndo trong
cac mit sau?

A.Matphang.  B.Matnén.  C.Mit ciu. D. Mat tru.

Pap an D.

Hwéng dan giai: Chiéu cao tir M cia tam giac ABC, tirc khoang céch tor M
dén duomg thing AB la khong d6i. Co thé coi day la cau hoi & cap do thong hiéu.

X 2. Sir dung thanh thao cong thirc tinh thé tich khdi nén, khéi tru, khoi
cau, cong thirc tinh dién tich xung quanh, dién tich toan phan cia hinh nén,
hinh tru, dién tich hinh (mat) ciu.

Vi du 4. Cho hinh nén tron xoay ¢é do dai dudng sinh la 2a, géc ¢ dinh cua
hinh nén bang 60° . Tinh thé tich V' cua khm noén da cho.

a’ rta \[_

A. V_—j_ B.V=na*J3. C.V= D.V=na.

bap an C.

Huwong dan giai: Tinh dugc dé dang ban kinh day va chiéu cao cua hinh nén.
C6 thé coi day la cau hoi & cép d6 thong hiéu.

3. X4ac dinh dwoc thiét dién cda mat nén, mat tru, mit cu cit bdi miit

phing vuéng goc voi truc, mat phing chira truc.

Vi du 5. Cho hinh tru co ban kinh R = a. mat phing qua truc va cat hinh tru
éntich bang 6a>. Tinh thé tich ctia khéi tru.

theo mot thiét dién c6 dié .
C. na’. D. 24na’ .

A. 121d’. B. 3na’.

Dap an B.

Huéng dan giai: Do t
thé tich cua khoi tru. Co thé coi

4. Biét cac tinh chit hinh hoc cua
Xte véi mit cau; giao ctia mat phang,
dung duge, “dung” dugc mat ciu (tam,
nhit, hinh lang tru déu, hinh chop déu; mi

hiét dién 14 hinh chi nhat, d& tinh dwoc chiéu cao roi
day 1a cau hoi & cap do thong hiéu.

mait phang tiép xuce, duwong thang tiép
cia dudng thing va mat cau. Hinh
ban kinh) ngoal tiép hinh hép chix
it cAu noi ticp hinh 1ip phuong.
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pCD la hinh vuong canh 2.5

. day A - A
6 day 3. Tinh thé tich V' clia khj cAy

Vi du 6. Cho hinh chop S.ABCD ¢ -
¢ y, SA=

canh bén S4 vuéng goc voi mat phang da

ngoai tiép hinh chop S.ABCD. . 1258 oy, e 25
1251 125w C. V= ’ ki _'é"“
A V= : B.V=—"" ' 3
6 ,
Dép an A.

g ABCD, ly diem 12 trup,

4 e . 3 ogA i b ﬂl’l
Huédng dan giai: Goi H la tam cua hinh vuo 5 S.ABCD. Co thé coi day

diém cta SC thi / 1 tim mét cau ngoai tiép hinh cho
céu hoi & cap d§ van dung (thap). , :.
Vi du 7, Tinh thé tich cia hinh ciu ni tiép hinh 14p phuong c6 canh bing a2,

3
3 TTAa 5
& TEGJ\/E B. 7503\/-2-. . CEE. D. ——3——
YR -6 B - |
Dap an A.

Huéng dan gigi: T cia hinh cau noi tiép hinh lap phuong trung vdi tim
cua hinh lap phuong. Co thé coi day la cau héi & cap dd thong hiéu.

5. Biét sir dung linh hoat cdc kién thirc, ki ning trén dé giai quyét mit
tinh hudng cu thé ¢6 lién quan dén mat non, mit tru, mg‘itvcﬁu.-

Vi du 8. Cho mt hinh tru tron xoay va hinh vudéng ABCD canh a co hai dinh
A, B nam trén dudng tron day thir nhat cua hinh try, hai dinh C, D nam trén duong
tron ddy thir hai cua hinh tru. Mat phéng (ABCD) tao v&i day hinh tru mdt

goc 45° . Tinh thé tich ctia khdi try. _
A. \—/_gim—a. B. 3\/5,”0‘3- 3\/57“9«3. 3\/57m3
16 2. T B Lo ===5

Pap an C.

C.

Huong dan gidi: Goi M, N theo thir
cua ABva CD.Khidé: OM 1 AB va 0,
ViAB/I DC,AB= DC nén OM //
mat phang (ABCD) khong vudng g

tu 1a trung diédm
'N 1 DC.

O’N, OM = O,N DO -

A & k] [ 2 c v(')‘i mét ; A : 3 '
nén MN cat OO’ tai trung diém J cta. 0O’ phéng day Al mmm e
it R = = 00 ' e,

DUR=04,h=00". aroy Vudng can taj O pap- 4

OMZOI:—\/—E*[M [_2_.9_:(1;2
: 22 4
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Q\/E G,\/5
9 ;

Su raﬁ——
y 5 1 S h=

2
Taco: R® = 04 = AM? + MO? = | & e
2 4
Tx d6 V = nR%*% = 1, 3"'2_“\5: 3v2ma’

. . C6 thé xem day la cau hoi &

cép d6 van dung.

| V: du 9. Cho hmh try ¢6 ban kinh day r, chiéu cao /= r+/2. Tim tap hop X
cac s6 a (tinh theo ) sao cho c6 hinh vudng ABCD canh a, A4 va B thuéc mot
duong tron day, C va D thudc duong tron day kia cta hinh tru do.

X= {F,F\E}. B. X= {r 3,r}. C. X= {r\/i,r\@}. D. X={r\/§}.
Dép an C. _ |
Huéng dan gigi: - Khi mat phing (ABCD) vudng géc véi hai mit phing day,
canh AD song song véi truc nén a=h=rv2.

- Khi mat phéng (ABCD) cit truc cua hinh tru thi goi 4°, B’ tuong ung la hinh
chiéu cua 4, B trén mat phing day chira CD, ta dugc hinh chit nhat 4°8°CD ndi

tiép duong tron day d6 vata co :
A =AD* = A4+ A'D* =W + 4 =DC* =l +4r’ -a*, suy ra a=r3.
Viy chon dap 4n C. C6 thé coi day 14 cau hoi & cip d6 van dung cao.

II. CAU HOI TRAC NGHIEM

1. Trong khong gian, cho hinh chit nhat ABCD. Ké cac duong chéo AC,BD
cua hinh chir nhat. Khi quay céc canh va cac dudng chéo cua hinh chir nhat
ABCD xung quanh truc 4B, hdi c6 bao nhiéu hinh nén dugc tao thanh?

B. Hai hinh nén.

D. Khéng ¢6 hinh nén nao.

A. M6t hinh non.,

C. Ba hinh non.
2. Trong khéng gian, cho hai diém A, B c6 dinh va diém M di déng thoa man

diéu kién AMB = 90°. Hoi cac diém M thudc mit ndo trong cac mit sau?

A. Mit ph,gmg_ B. Mait cau. C. Mit tru. D. Mét nén.
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AT ol ong tron day, day ¢
Cho m6t hinh nén va mot ddy cung 4B tl.la}: do1 c?la i;f c%ém cﬁ; )doax{ t;?n
¢6 chidu dai khong dbi. Khi day cung di dong thi It di(,mg e
nbi dinh cta hinh nén va trung diém cua AB chay tI:EU D i, i |
A. Mit non. B. Mt phang. C. Doan thang. - Duong try,

Cho tam gidc ABC vudng tai 4. Khi quay céc canh cua tam glac ABC quanj
canh BC thi sé hinh nén dugc tao thanh la may hinh?
A, M0t hinh. B. Hai hinh.

C.Bahinh. | D. Khong cé hinh nén nao.

Khi quay céc canh ciia hinh chit nhat ABCD (khéng phai hinh vudng) quanh
dudmg thing AC thi hinh tron xoay dugc tao thanh 1a hinh nao?

A. Hai mat xung quanh cua hai hinh nén. -

B. Hinh tru. |

C. Mat xung quanh ctia mgt hinh tru.

D. Hinh gém 4 mefxtl xung quanh cta 4 hinh noén.

Cho hinh chép S.ABC ¢6 SA L (ABC) va AC > AB. Khi quay cac canh SC vi
SB quanh truc S4 thi hinh dugc tao thanh la hinh nao?

A. Mot hiqh non.

B. Hai khoi nén c6 chung day.

C. Mot khdi nén. |

D. Hai mat xung quanh cta hai hinh nén ¢é chung dinh, -

Cho hinh chop déu S.ABC, goi G 1a trong tam tam gide ABC. Khi quay ci
canh cta hinh chop S.ABC clng véi doan AG xung quanh truc SG, hoi o
bao nhiéu hinh nén dugc tao thanh? '

A. Ba hinh nén. B. Hai hinh noén,
C. Mot hinh non. D. Khéng ¢6 hinh nén nao.
Cho m?t hm_h n‘é{n ve‘} mc}tggléiy‘ cung AB thay ddi cua duong tron day, day
cung c6 chicu dai khong doi. Khi day cung di dong thi doan thang ndi dinh
cta hinh non va trung diém clta 4B chay trén mat nag? i
A. Mot mat non. B. Mt mit phang,
C. Mot mét cau. D. M6t mat try
Trong mat phang cho géc xOy. Mot mit PR . ,

o ‘r o ;- VIOt mat phang (P) thay dd; va vudng &6°
vOi ducn@an glac trong cua goc xOy cat Ox, Oy tai 4 YBd?llrzzgv(u;)“lg; M
sao cho AMB = 90°. Hoi cac diém As chay trén duon (mit) nao?
A. Mot dudng tron. | B. Mt mat e 1

- Vot mat cau,

C. M6t mat non.
- D. M6t mit ¢t
) ¥ dal tru.

2. Choll’J
clia €
A.Tr
B. Ma
C. Tar
D. Ma

13. Co bac
A, Hai



10.

11.

12.

13.

14.

15.

16.

17.

Khér}g dinh nao sau déy la sai?

A. Ton t'c}f mdt mat try chira tt ca cac canh bén ctia mét hinh h

B. Ton tai mot mat try chira tat ¢4 cac canh bén cia mot hinh I3p phi

C. T(in t?nl.m(_)} mat non chira tét ca cac canh bén ctia mét hinh ch(")p 53, L,I-U,ngd';
D. Ton.tal. in(,)t mit cau chira tit ca cac dinh cia mét Einh to diéi déﬁlac -
Cho h;al diém phéan biét 4, B. Tim tip hop cac tam O ctia céc mat . 4

hai diém A, B. at cau di qua
A. Puong trung trye ctia doan thang AB.

B. Mat phdng trung truc cua doan thang AB.

- C. buong tron dudng kinh AB. D. Dudng tron tam 4 di qua B.

CbO l?a di"ém Aphél.rl biét 4, B, C khong thang hang. Tim tap hop cic tdm O
cua cac mat cau di qua ba diém 4, B, C. | :
A. Truc cfl_a dudmng tron ngoai tiép tam giac ABC. |

B. Mat phang cach déu ba diém 4, B, C.

C. Tam dudng tron ngoai tiép tanr gidc ABC.

D. Mat tru c6 day 1a dudng tron ngoal tiép tam giac ABC.

C6 bao nhiéu mat cau chira mdt dudng tron cho trude?

A. Hai mat cau. B. M6t mat cau.

C. Vo6 sb mat cau. D. Khéng c6 mit cdu nao.

Mbt hinh nén tron xoay ¢6 chiéu cao A =20, ban kinh ddy r = 25. Tinh
dién tich xung quanh cua hinh non.

A. 5n/41. B. 1257/41. C. 100m/41. D. 257.

Cho hinh lap phuong ABCD.A’B’C’D’ ¢6 canh bang 5. M{t hinh nén tron
xoay dugc sinh ra khi céc canh cua tam gidc A4°C” quay xung quanh truc AA4’.

Tinh thé tich cua khi nén duge tao nén.

.3 g, 2°F c. 20 1y, M3E
3 3 3

3 .
Cho hinh lap phuong co canh bing b. M6t khdi nén c6 dinh 13 tdm cua day
trén va cé duong tron day la duong tron ndi tiep day dudi cua hinh lap
phuong. Tinh thé tich cua khoi non do. .

3 3
A2 B c. X , B
I 6 1.2 4
Mot hinh nén 06 dudng sinh bang (L\/E va goc gitra dudng sinh va mat
phémg day bang 60°. Tinh thé tich cua Khdi nén duoc. tao nén tir hinh non dé.
; 3 3 TEGJ\/E
A ﬂ:a3\/g B nd \/g C. nd \/—6_ D. ;
e T4 _ 12 3
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18.

19.

20.

Z1.

22,

23.

90

4c vudng tai A, hinh Chiéu

3 tam gl »
BC ] O cua canh BC. Bidt

oo e i C o6 day A 2
Cho hinh chép S.4B Y rung diém

vudng goc cua dinh § trén dfi}f la
AB = a, AC = a/3, dudng thang S4 b

: ok iac ABC. Tinh thd ¢
nén ¢6 dinh 14 S, ddy 14 hinh tron ngoai ticp tam & tiy |
cua khoi nén. 3 _\—@ iy l@

A. d’\f3. B. na’. C. ma 3 - 9

: ) ! ' " Jg a
Cho khéi try c6 bin kinh mat déy bang 2cm, chieu €
tich ctia khéi tru (theo cm?).
A. 67. B. 12x. ’ - )
M3t hinh tru ¢ hai déy 14 hai hinh tron ndi tiep hai mat cua mot hinh
phuong canh a. Tinh thé tich ctia khoi tru. |

i 3 : ; 3
. WLl p. 5 c. < D.na’.
4 7 ° 3
Mot hinh tru c6 chiéu cao bang ban kinh day. Hinh nén cé dinh 14 tam day
trén cua hinh tru va déy 1a hinh tron day duéi cua hinh tru. Go1 V) la thé tich

o bang 3cm. Tinh the

" C.18n. o D. 4m.

hinh try, ¥, 14 thé tich hinh nén. Tinh 1 sé 1;‘—
o .
v V. 2 v
A.-"_I=3. B._‘l—'=‘-—_ C-—L:Zﬁﬂz V;._.
pfz - sz 2 . V.‘z " D. —V: _2-

€D ¢6 AB=2,4D=1. Goi V,, 1,

;han dugc khi quay cac canhcta hinh
Yaxung quanh truc 4. HEé thic nio

Trong khong gian, cho hinh chit nhat AB
lan luot 1a thé tich ca cac khéj tru
chit nhat 4ABCD xung quanh truc 4
sau day 1a hé¢ thirc dung?

i V,
AV, =4V, B.V,=-1 |
l . 2 . VZ = 2V]_

S D. V=
Cho hinh tru ¢6 hai day 13 haj hinh tr -

~cung AB cta duong tron (0, Ry sae cho °n (0, B) va (O, R). C6 mot d&

Bk tam g4 _ ‘ X i 3
mit phing (0' 45 ) t20 véi mat phing c #4¢ 0" 4812 tam gidc déu v’

1 hira due Y .
Tinh thé tich khdi try, " dudmg tron (O, R) mot goc 60
mR* ‘ 37 p? ' N :
A. » g, 928 3
7 T C. M 371'33\/%

op voi ddy mot g0¢ 60°. Mt by

' 3

28.

29,

b o T e o S T . T T Uy

e

'Cl'

M
8]



24.

25.

26.

- 27.

28.

2.

30.

Mot khoi cau c6 ban kinh 3R . tinh th tich ctia nd.

A. 4mJ3R*. B. 4nR’ . ' B 43 R’. D. 3R,

Cho hinh thang vuéng ABCD, vudng géc & A4 va D, AB=1, AD= \/5

BCD = 60° Tinh thé tich cta hinh tron xoay c6 duogc khi quay céic canh cua
hinh thang quanh dudng thang AD.

87{‘\./5- 775\/5
G B. 7

A.

C. 7n\/§. D. ?

Trong khong gian, cho hinh chir nhat ABCD c¢6 AB=2,AD=3. Duong
thang d nam trong mat phing (ABCD), khong ¢6 diém chung véi ABCD,
song song vOi canh AB va cach 4B mdt khoang bang 2. Tinh thé tich V
ciia khdi hinh nhan duoc khi quay hinh chit nhat 4BCD xung quanh truc d.
A. 27n. B. 9n. C. 15m. D. 42n.

Trong mét phing cho mét hinh luc gidc déu canh bing 2. Tinh thé tich cua
hinh tron xoay c6 dugc khi quay cac canh hinh luc giac d6 quanh duong
thang di qua hai dinh ddi dién ctia né.

A87t _B. 6. C.=. B D

Cho hinh lap phuong c6 canh bang a. Mdt hinh nén c6 dinh 12 tdm cua day
trén va cé dudng tron day la dudng tron ndi tiép day dudi cua hinh lap
phuong. Tinh dién tich xung quanh cua hinh nén dé.

na’\3 na’\3 na’\5 na*\f5
A. : B. ; C. ; D. .
2 4 4 2
C4t mot khéi nén bing mot mat phang di qua truc cua nd, ta dwoc mot tam giae

vudng cén ¢ dién tich bang E . Tinh dién tich xung quanh cua hinh nén dé.

i, S0L B. 9nv/2. C. 3“;/5- 'D.3m/2.
2

Cho hinh chép tam giac déu S.ABC c¢6 AB=a, canh bén S4 tao véi day
mot goc 60°. Mot hinh nén c6 dinh l4 S, ddy la hinh tron ngoai tiép tam

gidc ABC. Tinh dién tich xung quanh S cua hinh nén da cho.

, - 2 2
4na’ __2“" C. S =£9'_ D, et

AS, =Tl BS,=T CSeTT 0=
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31.

32.

33.

34.

3s.

36.

37.

38.

92

C vudng tai 4, Ab=2a,4C=gq Tinh';‘

Trong khong gian, cho tam gidc AB nén khi quay cac canh cig, |

dién tich xung quanh ctia hinh nén duoc tad ._
iac ABC xung quanh truc AB. ' — !
aié B e g D. 2na'

A. nazxg. B. Ttazx/g. , N M6t hi ) I
Cho hinh lap phuong ABCD.A’B'C’D’ €0 Ca“h,l,’anij; s ?(un]gnzur;i[;l Ity
xoay duoc sinh ra khi quay cac canh cua }am glac try|
AA’. Tinh dién tich xung quanh ctia hinh non.

A. 257, B. 25v/27. C. 25V3m. D. 256,

S :
Mot hinh tru c6 chiéu cao bang 242 va ban kinh ddy bang BN Tinh digy.

tich xung quanh cua hinh tru dé.

A 2n2 . B. 13 . C.n6. ~ D.2ns,

Mt hinh tru c6 chidu cao bang bén kinh day va bing 2. Tinh dién tich
toan phan cua hinh tru do. ' |
A. 4m. B. 6m. G 8. D.8n. |
Cho mgt hinh tru va hinh vuéng ABCD canh a c6 hai dinh A, B nidm tr

duong tron day thir nhat cta hinh try, hai dinﬁ C, D nam trén dudng tron diy

- thir hai cua hinh tru. Mit phang (AB CD) tao vo1 day hinh tru mot gocds’.

Tinh dién tich xung quanh cua hinh tru.

' 2 [. g [, ' p)
A2 JE B, ¢ \/3 - C. 7ra2-\/§. p. ¢ \/6
4 | 2 9
Cho hinh tru ¢6 hai d4y 12 hai hinh tmn(o,R)va(o', R)_ Day cung AB i

dudng tron (O) théa man AO'AB déu va mat phfmg (01 AB) tao véi mi

phéng chira dutng tron(0) mot gée 60°. Tinh din tich xung quanh hinh

2 2
a TR g, STRNT o 37 om BT
¢ T . . D. _._.7__-»

Cho hinh try c6 ban kinh R = a, mat phang qua trye c4¢ hinh tru theo m
thnet digneodign tich bang 6a. Tink dién tich Xung ﬁuanh ctia hinh tru
A. 12na?. B. 3na’. C. 6ns’ I,




40

39-

4l.

42,

43,

44,

45,

6,

Mot I'{i“h “(1“ CC? du(‘w’ng sinh bang av2 va géc gitra dudng sinh va mat phang
day bang 60°. Tinh dién tich toan phs"in cua hinh nén.
2 .

A sith . B 3na | . g’ | , Sna’ |

. 2 4. "9
Trong khong gian, cho tam gidc ABC vudng tai 4, AB=2a,AC=a. Tinh
do dai duong sinh ctia hinh nén, nhan duge khi quay céc canh ctia tam giac
ABC xung quanh truc AB. \ |
A a. B. ay/5. C. a\3. | D, 2a.
Cho hinh chép déu S.ABCD, mat bén tao véi day mot gée 45°. Mot khdi
2én c6 dinh 1a S, day 12 hinh tron ngoai tiép hinh vudng 4BCD. Goi & &
goc o dinh cuia hinh nén, tinh cosa . -

1
A. cosd =—§-. B. cosa =?. [ cosa=—\g§. D. cosa =%.

Tinh dién tich cua mat cAu c6 bankinh R = a\/g .
A dra’. B. 12na®. - C.3na’. D. 4n3a’.

&

Trong cac hinh da dién sau, hinh nao ndi tiép dugc trong mat céu?
A. Hinh tu dién tiy ¥. " B. Hinh lang try tiy ¥.

C. Hinh chop tuy y. D. Hinh hop tuy y. |
Khing dinh nao sau ddy 1a sai? :

7

- A. Hinh hdp chit nhat ndi tiép duoc mét\céu.

B. Hinh I4p phuong ndi tiép dugc mat cau. ‘
C. Lang tru day la tam giac déu ndi tiép dugc mat cau.
D. Lang tru dimg tam giac noi tiép dwoc mat cau.
Cho tif dién déu ABCD. Ménh dé nao sau day la sa |
A. Tam H.IEfit cau ngoai tiép tur dign thudc duong cao1c1’.1a tl;l'dl@n vE tur A
B. T4m mit cdu ngoai tiép tir dién thuoc doan thing ndi diém A va trong
tdm tam giac BCD.
C. T4m mat cau ngoai tiép tir °
D. Tam mit ciu ngoai tiép ty dién 'é‘; trung dié
hindutng cao e 4 Sn T (B(L‘f ZA BCD), ddy ABCD 1a hinh
Cho hinh chép S.ABCD €6 =, 54 hoal b
Wing. Goi () 14 mat phéng Qua 4,V ¥ SC. (P) l4n luot cét SB,
5C. SDits H I va K. Chon ménh dé sal: :
A.Céc didm 4, B, C, D, S cing ndm trén mot mat cau-

i?

i trung diém cua AB, CD.

dién thudc doan no '
m cua doan nodi dinh 4 va

"

AB =S4 i
qua 4 va vudng goc Vol
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47.

48.

49.

- 50.

o1,

52,

94,

B. Cac diém 4, H, I, K, S cung on
CCac:dhemAEo’fC'DH!I&’C'dngn"lmr .

it cau.
im trén mOt ma
dié ABCDHIKScungn
Ehcac tlem (S) ¢6 tam I béan kinh & = 5 va mat phang () cat (Sj theo my,
o mdt cau

khong dung?
dudmg tron (C) ¢6 ban kinh r = 3. Két ludn nao sau f;))f la g g
A. Tam cua (C ) la hinh chiéu vudng goc cua [ trén (1)

" B. Khoang cach tir / dén (P) bing 4.

C. (C) la dudng tron lén cua mat cau.
D. Tam cua (C) nam bén trong mét cau.

Cho hinh chop S.ABCD. bay ABCD la hinh vudng canh bang a tam O; S4B
1a tam giac déu c6 trong tdm G va nim trén mat phang vudng goc voi mj

‘phing (ABCD). Xéc dinh diém /14 tdm mat cau ngoal tiép hinh chdp.

A. I trung véi diém O.
B. Itring véi diém G.

C. I1a diém sao cho GI = 4AD.

~ D. Ila giao diém cua dudng thing vudng goc vol (ABCD) tai O va duong

thdng vudng goc vdi (SAB) tai G. |
Mot khoi cau thé tich bang 288~ . Tinh ban kinh ciia khéi ciu do.

A 3. - B6. - - c26b. . p3f2

Cho hinh lap phuong ca:nh a noi tiép trong mdt mit ciu. Tinh ban kinh
duong tron [6n ctia mit cu do. )

A. a\/i. B. i\/—g—, C. a\/E ' \/-

. : 2 5 D. av/3.
Hinh hop chir nhdt ABCD.A'B'C'p 6 canh ba
tich mat day bang 12. Tinh thé tich khé;j en AA = 2\/‘ B'C'= 3 dién

. 343m 3
A. . B. ael C 343n 3431
‘ 2 Ty * D.
Cho khdi cau (S) tim O, ban kinh R v 4 lga gid 24
i

phing (P) di qua 4 ¢t (S) theo mét hinh trop M thude mt ciu (5). Mé
Vv

Tinh dién tich hlnh tron do. 4120 véi 04 mot goc 60"
. Lo : B 3R’ nR*
4 > A i | 3nR’
) D. Q




53.

54.

55.

56.

3.

58.

89,

60,

nh chd
Cho hinh chop §.4BC c¢ day ABC 14 tam giéc déu canh a+/3, canh bén

SA vudng goc vii day va S4 = vy g

hinh chép S.ABC. Y Va SA=a\/2 . Tinh dién tich ciia m3t cau ngoai tiép
2 3Ina?

ek 5 2 C. 12na’. D. 6na’.

Cho hinh chép tam giac deu S.ABC ¢6 AB = a\/g canh bén S4 = a2 .
Tinh bén kinh R cta mit ciu ngoai tiép hinh chép S.4BC. |

15
<+ BR=a C.R=2a. D.R=2"‘ﬁ§.

T dién SABC c6 ba canh S4, SB, SC doi mét vudng gdc voi nhau. Cho SA a,
SB = 2a, SC = 3a. Tmh dién tich mit cau ngoai tiép hinh tir dién.

A 8nat. B. 28na?. o Ima’ D. 14na’.
)

Hinh chop S.ABC ¢6 day ABC la tam gidc vudng tai B, S4 vudng goc voi

mat phang (ABC) va ¢6 SA = 2, AB = 3, BC = 4. Tinh thé tich khdi cau
ngoai tiép hinh chép do.

N 297/29 . 29729 o 29mV29 | 29my/29
24 - 6 - 2 3

Cho hinh chép S.ABC ¢6 SA L (ABC), tam gidc ABC vudng can tai C,

AC =2+2 vamat phang (SBC) tao v6i day goc 60°. Tinh dién tich mit cau

ngoai ti€p hinh chop.

e g, 200, C. 160r. D. 40r.
3 - 3

Tinh dién.tich ciia mat ciu ngoai tiép hinh lap. phuong c6 canh bang 4 .

A. 24 B. 487. C. 87/3. D. 167/3.

Tinh ti s thé tich giita khéi lap phuong va khéi cdu ngoai tiép khéi lap
phlIO'ng d6.
n\/_ 24/31
in e

i?
Trong céc khang dinh sau, khang dinh nao sai’
A. C6 mdt mat cau ngoal tlep mdt hinh lang try bit ki c6 day la da gidc déu.
B. C6 mét mit cau ngoal tlep mdt hinh chop déu.
C. C6 mot mit cau ngoai tlep mot hinh lap phu'onﬁ
D.Céo mot mat cau ngoal tlep mot hinh hop chir nhat.

A.
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62.

63.

64.

65.

66.

96

c vuéng tf.li B, AB =q

e , - . dav ABC la tam gid : :
Cho hinh chép S.4BC cb day — g+/3 . Tinh thé tich Clg

BC=a\?2 canh bén S4 vudng goc voi day va SA
khéi cdu ngoai tiép hinh chép S.ABC.

3
na’+/6
3 3 . D. |
A. 2na*J6 . B. m?"/g. C. na*6 . 3
Cho hinh ling tru dl:l'ng ARC. A" B"€" Céltam’ gié.c Af))c VUOX':lg tai B,
AA'= AC = a2 . Tinh dién tich mit ciu ngoai tiép hinh lang tru clo.2
A 4na*. B. na’. " C. 16ma”. D. 8na“.

X x . 2q
Cho hinh lang tru déu ABC. A’ B' C' c6 canh day bang a, canh bén 44'=22

3

* Tinh thé tich khdi ciu ngoai tiép hinh ling tru do.

3

A Ta 8na’ C 4na’ | 32na’

81 T 81 = 81
Cho mat cau (S) ¢6 tdm /, dudng kinh 10cm va mat phéng (P) céch tdm |
mot khoang 4 ¢m. Khing dinh nao sau day l1a sai?

A. (P) cat (S). |

B. (P) va () khong c6 diém chung.

C. Giao tuyén cta (P) va (S) 1a duong tron.
D. (P) va (S) c6 v6 sb diém chung,

Ngudi ta bo 3 qua bong ban cung kich thudc vao trong mét chiéc hop hinh
m;‘ co drfiy bﬁ‘ng hi}‘lh .trén 16n cua qua b{mg ban va chiéu cao béng 3 lan
dudng kinh clia qua béng ban. Goi S, 14 ong dién tich cpa 3 qua bong ban,
S la dién tich xung quanh cda hinh try. Tinh <4 5

':S“"z-‘ .
s 1 1
A SL=_ Bl S _
Sz 3 _ 5*2 2 C~:S"‘l"“2. o D_'l—z—l—=l.
Nguoi ta bo 3 qua bong ban cup 2

: g kich thuée vag trg 0t chiéc hop hinh
" " & oy b . n ln
gu‘co ia:h baﬂng h131l]1j tron 16n cua qua bdng ban va fhl{gﬁtccegegé?ﬂzp;lén
uong Kinh cua qua héng ban, G Ong dién tich cua 3 qua béng ban,
Tinh tj 5§ 5 |

-1

018 lat
§3 12 dién tich toan phin ciia hinh 1y,

S :
S 2 S ) 5
A. _'L=_'.. B. -———L:__h . S )
S, 1 S, 3 C. "‘g"“-“-l, D _S_‘l_z-é
" 5 7







30.

36.
38.

53.

54.

98

| o _ S
tron ngoai tiép tam giac ABC.
Trong mat phing (SAG), ke trung truc cua
SA tai N cat SG tai 1. '
Khi d6,  1a tim mat cau ngoai tiép hinh oy
S.ABC. P
Do ASNI ddng dang v&i ASGA nén — = ST
SG 'S4 A ¢

1{2/3
"3 2 |
Goi H la chan dudng vuong goc ké tir S dén (
12 hinh chép déu nén H 14 trong tam A4BC.

} —=m.Vay thé tich khoi tron xoay la 8.
2 , .
ABC). Do hinh chép . 4p

: 2ok
Tinh_duc_)fc FI=AH:_a_’h_—_-SH:AHtaI.n6O :—'a,l_ —COSGOO‘E\E“ |

5

2na’
3

&S‘xq = TU"! =

67rR \/—

Goi M 14 trung diém cua canh ddy AB clia tam giac can SAB I la tdm day.

Suyra IM = |R? - AB’

Xem huéng dan cau 23. S = 2nRh =

1
— e SM =32 = 8,0 = ESM.AB =122,

Go1 G la tam cua duong tron ngoai tiép tam S
giac déu ABC thi G la trong tdm AABC. Truc
cia duong tron ngoai tiép AABC cat mit
phang trung truc cua canh bén S4 tai /, thi J
la tim mat cau ngoai tiép hinh chop S.4BC.

Tacé R=1I4= 1@2+0A_

5 2
= S =4nR? = 6ma’.

Goi G la tdm dudng tron ngoai tiép tam giac
ABC thi SG L (ABC), SG la truc cua dudng

sS4 §4?

= R=S8]= = .
285G Nsa?—ag?

=z

B

_ (B
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“Ciu_ | Dipdn | Chu | Pipin| Cau |Dépan| Cau | Papan
T it 18 C 35 B 51 A
3 AN 19 B 36 B 52 A
3 e 20 A 37 G 53 D
i < A 21 A 38 D 54 B
R 22 G 39 B 55 D
(i D 23 D 40 B 56 B
L"? € 24 A i A 57 D
g A 05 B 42 B 58 B
9 ¢ 26 D 43 A 59 A
1l A 27 A 44 G 60 A
[Fgd B 28 C 45 D 61 C
12 A 29 A 46 D) 62 A
s & 30 B 47 G 63 D
14 B 31 A 48 D 64 B
[ #s C 32 D 49 B 65 D
16 C 33 D 50 B 66 D
bl ¢ 34 D

‘_ Chu dé 7
PHUONG PHAP TOA PO TRONG KHONG GIAN

I. KIEN THU'C VA KI NANG CAN THIET

L. Toa do cua diém, cua vecto trong khong gian

- HE toa d§ Oxyz trong khong gian : ba truc toa do vudng géc vai nhau tung
d8i mét. Vecta don vi trén céac truc toa do Ox, Oy, Oz thudng dwoc ki hidu theo
ther ty 1a 7, 5 4

’

i, j,k; ta ciing viét 12 hé 10a dd (O, i, .k ). Piém M c6 toa dd (x, y, 2)
rong h¢ toa d¢ d6, viét M(x, y, z) hay M = (x. y. 2). Vecto u c6 toa db (x, y, 2),
Viet (x, y, z) hay 0 = (x, y, 2). No1 M = (x, y, z) ¢6 nghia 1a OM = x}+y}' 42k

Yau.=(x, y, 2) c6 nghia la u=xi+yj+zk.
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Néu = — ptu'=(x+x\ytysiztz),
PN =Gy i - ) (keR),
° Néu M= (x, vz, M=(0x"y' z') thi W:OM'_()M =(x'—X,,V‘—ya2'_z) :,
| | . Od+0B
« M= (x, y, z) la trung diém cua AB khi va chi khi OM = 5 tire 3
= X4 ;—xﬁ y= Yat Vs z= 24 ¥ 2y L Vol A= (x4 Yo z4), B= (xs, ys, 2p).
2
o G latrong tdm cia tam giac ABC
& %=OA+O3B+O(, i (_}:4'+(—}§+@Z'=6.

» G latrong tdm cua tt dién ABCD

@E:"“‘)B;OC*"D & CA+GB+GC+GD=0.

e A4, B 14 hai didm phén biét thi didm M thugc duong thing 4B < cosd kdé
AM = kAB < OM —OA = k(OB — 04) = OM =(1-k)OA + kOB, va diém |
M thude doan AB khi sé k d6 thude [0; 1].

- Tich vo huwdng cua hai vecto u = (x,y,z), u'=(x',p',z") 1a sd

wu'=xx'+yy'+zz'|\

Cic tinh chit quen thugc:

eogesy A %y

2

e el i . L.
o uv=vau, U +u)Vv=uyv+i,v, uu=u =x’+y°+z2°20, 4 =0 u=0

- - -2
o Do dai cua vecto u la M =Vu .

« Khoang cach gitra hai diém 4, B la _
AB=[AB|=J(x, =%,V + (-3, + (7, - 2,)’ |

e u,v khic 0 thi goc ¢ (0 < ¢ <) gira hai vecto d6 dugc x4c dinh boi

o Hai vecto u=(x,y,2),u'=(x",y",2") vubng géc véi nhau khi va chi khi tic
vd hudng cua ching triét tiéu, the 1a xx* + W' +zz' =0




B Wiy

- Tich ¢6 hwéng cua haj vecto u =

(X,_V,Z),;': (x',y', 2" 1a vecto

A5 : b
, trong do dinh thire cap hai 4 P ab'-ba'.
a

» Vecto [H,VJ =‘0 khi va chi khi «,v cung phwong.

Vay ba diém 4, B.C thing hang khi va chi khi [A—B ZE'] =0.

. [u v:l vuong géc véi u. vuong géc véi v. Suy ra ba vecto u,v,w dong

phang (cdc gid cua ching cung song song véi mot mat phang) khi va chi
khi [u v:| =0, :

Tir d6, bdn diém 4, B, C, D cung thudc mot mit phing (dong phang) khi va
chi khi | 4B, AC'|.AD =0,

2. Phuong trinh cia mdt phing

- Cho diém 7 va vecto n#0. Tép hop céc diém M sao cho IM vudng goc
v6i n la mat phang qua / véi vecto phap tuyén n véy ¢6 thé coi phuong trinh
IMn=0 la phuong trinh dang vecto ciia mat phang d6. Khi 7= (x,:¥,,2,),
M = (x,y,z), n=(A, B,C) thi mit phing d6 c6 phuong trinh
A(x—x,)+ B(y—y,)+C(z—z,) =0}

Nguoc lai phuong trinh Ax + By + Cz + D = (), trong do 4, B, C khong dong
lhm bang 0 la phuong trinh cua mot mat phang véi mot vecto phap tuyén
n= (4,B,C) (phm:mg trinh tong quat ciia mat phing).

o A (theo thir tu B, C) = 0 & mat phang song song hay chia truc Ox (theo
thir tw Oy, Oz). Cach nhd : chang han néu V€ tral cua phuong trinh tong
quét cia mat phang khong chia bién x (tirc 4 = 0) thi mat phang song song
hay chura truc Ok, tirc vuong g6c vGi mat phang (Oyz).

« D=0 <> mat phing qua goc toa do O.
» Mat phang khong di qua goc toa do va cat ca  ba truc toa do c6 phuong trinh

dang }’_+ y+__ = 1|, (abc# 0), giao véi cdc truc toa do 1a cac diém (a, 0, 0),

a b ¢
(0, 5, 0), (0, 0, ¢) (phuong trinh mit phang theo doan chin).

- Mit phang (P) dl qua / voi vecto phap tuyén 2 va mét phing (P) di qua /’

Vi vecto phap tuyén #' thi :

: - 101



| 1 - 20
o (P) cét (P’) (theo mot duong thang) & [!’g‘,” ]

: s (P xac di 5| cos = =T b
e Goc @ (0 << *g] gitra (P) va (P’)xac dinh _bO'1 49. . |Hl|n |
0 : khi d6 ching phai cat nhau;

« (P) vudng géc voi (P’) < nn'= P e
() vuong & o _ .71 #0; khoang cach giua (), ()

 (P) song song voi (P') & [;z,n']
Tf‘.ﬁ[
la -——;
g
« (P)tring v6i (P> [0’ |=0,1I'n=0.
« Néu (P), (P") tuong ting c6 phuong trinh Ax + By + Cz + D=0,

Ax+By+Cz+ D=0 (khitich4'B'C'D’ # 0), thi

" A- B C D
(P),(P)songsong@E—B'—O ik

A B C D
P,P't‘ nh &S —e— = =—,
( ) ( ) rung au 7 = = D‘ .
- Khoang cach d tir diém J dén‘mat phéng ( P_‘) di qué P etés shisp tuyén :
oA R L
la %; néu (P) ¢6 phuong trinh Ax+ By+Cz+D=0,J =(x,,y,,z) thi cong
n | .

_Hx + By, +Cz + D|
VA + B 4+ C?

thirc tinh khoang cach do la|d

Luuy:
- Céan nhanh choéng xac dinh duge veeto

L ey phap tuyén cua mit phine cho bo
phuong trinh tong quat. Chang han trong phuon g trinh mat phéné tieo dgoan chin
11 Bk :

B ; » 1
noéi trén, mot vecto phap tuyén la | — — — Tt kho ——
phap tuy (a b’c) chir khdng phaij 13 (a,b,c).
- Thay ngay rang c}léng llz,m, mat phing toa do (Oxyj 6 phuone trigh z =0
c6 mdt vecto phap tuyén 1a k; tir do cosin cia goc gitta mit phs g trin -
l phang c¢6 phu

trinh téng quatAx + By + Cz + D=0 vGi mat

phing (Oxy) 13 —__|C]
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- Cho hai mat phang (P), (P) theo thir tu cO cac vecto

hap t
khong cung phuong phép tuyén n,n'

thi mat phang vudng gdc véi hai mat phang do co vecto phap
tuyén la [n n } nhung khéng c6 mat phang nao Song song voi ca (P) va (P)).

- Viét duoc ngay khoang cach tir diém M = (x, y, z) &én mat phing toa dd

(Oxy) 12 |z| (khéng can dung cong thic tong quat!).

- Chu y lang néu hai bo sé (4, B, C), (A" .B",C") ti 1€ thi it nhat mot bd sb
khong dong .thoi bang 0, ching han |4]+|B|+|C|#0 va néu ching han
A=0thiphaico 4’=0.

3. Phuong trinh cia duong th (fng
- Cho dlem Jvavecto u#0 thi tap hop céc diém M sao cho JM =ru (*)>

1asbtuy y, la duong thang qua J vai vecto chi phuong u. Vay c6 thé coi (*) la
phuong trinh tham so dang vecto cua duong thang.

Néu J = (x s Y0520)s u= (a,b,c) thi phurong trinh tham s6 cia dudng thang 1a

= X, + at

y=y,+bt ( eR)

z=z,+cl

> : | XX - Z2—Z
Khi abc # 0, dudng thiang c6 phuong trinh chinh téc: o _ Y~V _ 0

a b ¢
s x_xg__y_'-y(} - . ...- h.’. h, dure th.‘.‘.
Phuong trinh == la phuong trinh mét phéng chira duong thang
a .
| X=X _ Y=Y
d6 va vudng goc voi mat phéng (Oxy), con hé phuong trinh a b Xac
z=0

dinh hinh chiéu vudng goc cua duong thing d6 trén mat phang (Oxy)...
- Ngudi ta con thuon cho duong thang dudi dang giao cua hai mat phang
{Ax+By+(z+D 0

A'x+B'y+C'z+D'=0|

(cat nhau) va viét n6 dang

Xét e (A.B.C), = (A’ B,C!) thi mdt vecto chi phuong cda dudng thang

e [- I:I inh tho At. t
Néu C’ ong trinh thu hai thay vao phuong tr1r} thi nha ; a
d ? itO nﬁrg]ai;;ﬁ:t Bg 'y + D"=0(ta néi khur z trong hai phuong trinh
uoc phuong tri
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| L g trinh cua mat phj
~ dd cho) thi khi 4", B" khéng ddng thoi bang 0, d6 1a phuong Phany
chtra giao tuyén va vudng géc voi mat phang (Oxy)-
uong cua dudng thang di

h
- Can nhanh chéng xé4c dinh duge mdt vecto chi p st the g g1a0 Cia hy;

phuong trinh cua né duoc cho duéi dang nao (tham s0, €

: _ L)Y . huong trinh tham g}
mat phéng). Chang han, truc Ox xac dinh bo1 { ,nd cop 8 30

2 =
- dinh
y=0, ¢6 mdt vecto chi phuwong la (1; 0; 0) dudmg thang xac dinh by
z=0

x=t
{2x+y+1: 0 c6 phuong trinh tham sé { y = —1— 2, c6 mdt vecto chi phuong 13
z—-2=0
z=2
(1,-2,0).

- Mat phing di qua ba didm M, N, P khéng thing hang 13 mat phang di qua M
VGl vecto phép tuyén | MN MP}

- Dudng thang d di qua J véi vecto chi phuong u, dudng thang d’ di qua J’
voi vecto chi phuong u' thi goc 6 gita chung (O <0< g) xac dinh bgi
o

]
d d’'vubng géc <> uu'=0. |
d, d’ tring nhau < [;,;':I = 6,[;,]17] =0,

d, d’ song song < 1:5;17'] = 6{5,-17’ #0.

cos@ =

d, d’ cit nhau (tai mét didm) < I: ;];l_- 6}[;;’.]——* _
d, d’ chéo nhau < [u,u']jf';to_

phap tllyén ;3 dure M i
diém J véi vecto chi phu'cmg w: » duong thang d di q
d nam trong (P) < nu = 0,l/n=0

. d song song véi (P) o nu = 0,73.;1 #0.
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s i mot diém) < nux0 G AN
Jcat () (ta mQ. ) Gée 6 (0 S6< E) Bilta d va (P) xé4c

_—

4, (P) vudng goc & [F:,i}j =0.

Luny:

. Thdy ngay dudng thing véi vectqy chi phuong 5 = (a,b,c)#5 thi goc ifa
20 VO truc Ox chang han c6 cbsin baéng el
ooc gitra duong thing va mt phing (Oyz2).

- Cho dudng thing d di qua diém J Vo1 vecto chi
£ véi vecto chi phuong u' khéng cung phuong véi 4

song (hay chira) d” la mét phang di qua J véi vecto pha

phuong u va dutng thing
thi mat phfmg chirad, song
p tuyén [1:,;":] (chuy réng
khong chdc c¢6 mat phing chira ¢f vubng géc vOid’ trlr khi d’ vy
ndy, mdt phang cin tim 13 mit phang qua J v6i vecto phap tuy
chia ¢ va vubng goc voi mat phéng (P) cb vecto phép tuyén n khong clng
phrong véi u 14 mat phéng di qua J va c6 vecto phap tuyén [5, ﬁ].

ong gdc véi d. Luc

én zT') ; at ph%mg

- Pé tim hinh chiéu H cua diém M, = (x1, y1, z1) trén mét phéng (P) ¢o
phuong trinh Ax + By + Cz + D=0, ta viét phuong' trinh tham s6 x = x, + Ar?
YEN+ Bt z=z+ Ct ctia dudng thang di qua M, vuong goc véi (P), tim gia tri

am 50 tmg véi giao didm H cia duong thang véi (P). Tir 6 didm M, sao cho

MM, =2M H 13 diém dd; xing cua M, qua (P) (dé kiém nghiém diém M, cho
o 13 didm déi i

ng cua M, qua (P) chi can thu M M, 1a mot vecto phap
WeN ciia (P va try

ng diém cua MM, thuge (P), khong cén; viét phugng tr{r}h
ong thang no trén). Khong can 1ap luan nhu thé, ta ciing thdy ngay hmln. Ch'leu
"M, e mat phing toa do (Oxy) ching han 1a H = (x,, y;, 0) v diém déi ximg
*i qua mat phing (Oxy) 1a (x, y1, —21), | -
6 B‘é tim hinh chiéy cua dudng thang d trén mat phang (P) kfl:’onfi :zgﬁg ggz
i (dpl) ' thay ngay hinh chiéu d6 Ia giao cua (P) voi mat phing chira
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71) trén duong thﬁng dc(]

= 8 g H £ & 5 : = (X ] yl’ “
Dé tim hinh chiéu H cua diém M; = (X1 ing (P) di qua u

1 0 ¥ inh mit ph
vecto chi phuong u = (a,b,c) # 0, ta viét phuong trinh ma p |
i d 1a H hoac ta viet E)hl.rcmg trinh thap,

M Hu=0.Khido My
duogc diém déi Ximg M,

Vi vecto phap tuyén u thi giao cua no v
s6 clua d, tim gia tri cua tham sb ing vol diém H sao cho
la khodng cdch tir M dén dwong thing d. Ta cng tim Quo® T 700 0
cla M qua d boi M, M, = 2M,H . Khong cén 1p luén nhu the, taqcung thay ngyy
hinh chiéu ciia M, trén truc Ox 1a diém (x,, 0, 0), diém ddi xung ctia M qua Ox

:
diém (x1, —y1, —z)); khoang cach tir M, dén Ox la J}?*Ifﬁ: |

- D¢ tim duwdng vudng goe chung va khoing C_‘f‘_"h giira hai dum']g t_,hén’g
chéo nhau d va d’ véi cac vecto chi phuong u va u' tuong L’rng,‘ta, €0 the viet
phuong trinh tham sé ciia ching, 7 1a tham s6 cta diém M trén d vat 1a tham s§
clia diém M’ trén d’, tim gia tri cta /, 1’ sao cho MM 'u =0, MM 'u'=0 thi dugc
diém M thudc d, diém M’ thudc d’ sao cho MM ' la dudng vudng goc qhung cua d
va d’ va dd dai doan MM’ tim thdy 12 khoang cach gifta I}ai Qubng thang da cho,
Néu chi can tinh khoang céch gitta d va d’, ta con c6 thé viet phuong trinh mit
phéang chira d song song véi & va tinh khoang cach tir mot diém tuy y trén o dén
mat phang do. |

Sau day, ta néu mot vi du bai toan hinh hgc giai bing phwong phap toa d§
va minh hoa mét s6 di€u néi trén (c6 thé tach bai toan ndy thanh mot sé cau hoi
trac nghiém !): ' '

Goi d va d’ 12 hai duéng chéo ciia hai mat ké nhau (c6 mot canh chung) cia
mot hinh lap phuong canh a ma d, d’ khéng ¢ diém chung. Tinh khoang cich
gitadvad’ .

Trude hét gia sir hinh 14p phwong la ABCD.A'B'C'D ', €6 thé coi hai mat ké

-nhau d6 1a A4°B'B va CC'B'B va hai dudng chéo d6 12 4B’ va BC’ v coi g = |.
Xét hé¢ toa do Oxyz sao cho 4 = O = (0, 0, 0), B=(1, 0 0), D = (0, 1, 0)
A’=(0,0, 1) (h¢ toa dé thudng dung dé khao sat hinh 13p phuo*ng!’). L

_ Viét phuong trinh mét phang (P) chita BC” va SOng song véi AR’ tire 1a mil
phéng (BC 'D): vi chita BD nén né ¢ dang x + y + ¢ 3 :

i ' Z= 1y 8ol qug &= 1, 1,1
nén k = -1, tic la (P) cé phuo‘ng trinhx +y -z 1 = 0. Khoéngq'::ZCh tu E)thu(')f:

ez o ok e ; e
AB' dén (P) 12 B do 1a khoang céch giira haj dudng thfing AB'va BC’. (Vi

hinh 13p phuong canh a, khoang céch 6 1a -y
3
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an col a = 1, tr & A
Van Ong h¢ toa dd noi trén, néu cay héi trac nghiém doi hoi : viét

perUﬂg trinh ducmg Vudng goc chung cua AB Xac dmh bdi {x o

va BC' xéac
y=20

.5 Ties B _
dj_nh bo {y—z:O thi ta c6 thé giai nhu say vecto ;:(I,O,l),;':((),l,]) la cdc
vecto chi phuong cta 4B° B Diém M tra
rén BC' ¢ toa dd (1, 1, 1), My = (I=x, ¢, t~x). Khi do, MN 2 =0 <:>2x—l+!
MNu'=020=x Suy B gt )‘__—1- Vay M = (2 0 2) N = (1 & -I_J
i* 3" 7" 3.7 3) 3'3)
| 2

— (1 1 1 =
MN = (E’ 3’ --3—) phuong trinh duong vudng géc chung la x-% =y= E-_z'

4. Phuwong trinh ciia mit cay

- Cho diém / vz‘i s0 R duong thi tdp hop cac diém M sao cho khoang cach

IM=R tac la IM° -R’=0 1a mat ciu tdm Iban kinh R nén c6 thé coi phuong
trinh ndy 14 phuong trinh dang vecto cua mit ciu d6. Néu 7 = (X4 Yy>2,) thi mat.

ciu tdm / ban kinh R ¢6 phuong trinh |(x = x,)* + (¥~ y, ) +(z —2,)* = R> =0 ,

Nguoc lai, phuong trinh |x? + y* + 22 +20x+2by+2cz+d O_’(a b, ¢, d la

nhlmg sb cho trude) 1a phuong trinh mat cau khi va chi khi [a +b°+c’ > d|; , do la

mét cdu tdm [ = (—a, —b, —¢), ban kinh R = \/(a +b*+¢*)—d . Vé trai cua phuong
trinh trén 1a IM* - R, M (x, ¥, z) nén khi vé trdi d6 4m (duong) thi diém M nam |
bén trong (ngoai) mat cau.

- Mit phing (P) cach tam 7 clia mat cdu mot khoang d thi :

Khi d> R, (P) khong ¢6 diém chung nao voi mit cau.

Khi d < R, (P) giao v6i mat cau theo mét dudng tron ¢6 tim 14 hinh chiéu J

CUa [ trén (P), ¢6 ban kinh ﬂ

Khi d= R, (P) tiép xtic v6i mat cAu tai hinh chiéu J ctia / trén (P).

Mit phang (P) tiép xuc vm mit cau tim I < khoang cach tir tim !den P)
bang ban kinh mit cau ; (P) tiép xtic mat cau tai J thudc (P) va thuoc mit cau tim /
S duong thang [J vudng goc voi (P) & mat phang (P) va mat chu co chung mét
ém duy nhét 13 J.

Blurng thiang d tiép xiic v6i miit cdu tdm.J (con néi & 1a mét t1ep tuyen cua
M3t Cau) <« khofng cach tur tdm / dén d bang ban kinh mat cau; d tiép xc

107



mét cau tim / tai J thuge mat clu va thude d < dudng thang 1J vuéng o
VOl d < dudng thing d va mit cdu co chung mot diém duy nhat 1a J.

[I. CAU HOI TRAC NGHIEM

1. Cho mit phing (P) ¢6 phuong trinh 2x — y — 2z + 1 = 0. Tinh c¢ésin Cua goe
gira (P) v&i mit phang toa do (Oxp). ‘
5 5

Al B. 0. C. —. D. —.
3 3

2.  Cho hai métphéng ¢6 phuong trinh x + y + z + 1 =Ové2x—y—z- 1=0
Tinh c6sin cua goc giita hai mat phéang dé.

AL B. 0. 1

1
C. ok D. 5
3.  Cho mat phing (P) ¢6 phuong trinh x + 3y-2z+1=0v3 mat phéng (Q)co
phuong trinh x + y+2z-1=0, Trong cac mat phéng toa do va mat phéng
(Q), xac dinh mit phang tao véi (P) g6¢ ¢6 50 do 16n nhét.
A. Mat phz?mg (Oxy). B. Mt phéng (Oyz).
C. Mit phang (Ozx). D. (O)
4. Cho hinh chép tt gide SABCD ¢6 § = 0,0, v2), 4

‘ =(1,1,0),B=(—1,1,0),
C=(-1,-1,0), D=(1, -1, 0). Tinh csin cua goéc

1l it phi
va (SCD) giua hai mat Phang (SAB)
1 1 ] 1

5. Viét phuong trinh mat phéng di qua hai diém 4 = (2,1,2), B= a 2 1) va
vudng goéc véi mat phang toa d§ (Oxy). >
A.2y+2'—4=0. ‘ B,y__22+3____ol
C.2x+2y—-4=0. D.x+y-.3=0‘

6.  Viét phuong trinh mat ph.éng (P) di qua hai diém 4 = (1,2,-1) g = @11
va vubng goc véi mat phing cé phuong trinh 2x + — 9, _ 7 _ 0. o

A. (P) c6 phuong trinh x +y - 3 =0,
B. (P) c6 phuong trinh 2y + z + 3 =,
C. (P) c6 phuong tril}h 2y+z-3 ='0,
D. Khong ¢6 mit phang (P) nhu thé.

7. Viét phuong trinh mét phang di qua diém 4 = a1, 2,
mit phang cé phuong trinh 2x+y=0vax=z+1.
Ax-2y-2z-1=0. B.x-2y+z+4=0,

C.2x-y-z-1=0. Dx+y+z-2=0.

1) vudng goc v 1y
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10.

11.

12,

13.

14,

- Tim diém M trén tryuc toa do

Cho mat phang (P) cé phu
mat phang song song vaéi
A=G, -, -4)vaB=(-15

Bx+2y-2_2=9

C.x+2y—-z-1=0. D. Khéng c6 mat phang nhu thé.

Ox céch déu hai diém 4 = (1, 2, 1) va

B=(2,1,2).

A.M=(1,0,0). B.M=(2,0,0).
l

C. M=(5,0. 0). D.M=(%,0,0).

Tim diem M trén truc Oy cach déu ha

i mat phing c6 phuong trinh
x+2y—-22+1=0va2x+y+27-1=0,

A.M=(0, —1,0). | B.Mz(o,%,O).

C. M=(0, 1, 0). D. M= 0=(0,0,0)va M= (0, -2, 0).

Cho diém 4 = (1, 2, -1) va diém B = (2, -1, 3). Ki hi¢u (S) 1a quy tich céc
diém M= (x, y, z) sao cho MA® - MB* = 2. Tim khéing dinh ding,

A. (S) 1a mat phing co phuong trinh x — 3y +4z-5=0.
B. (S) 1a mat phang ¢6 phuong trinh x — 3y + 4z -2 = (.
C. (S) 12 mt phang c6 phuong trinh x - 3y + 4z + 4 = 0,
D. (5) la mat phing ¢6 phuong trinh x -3y +4z -3 =0.
Viét phuong trinh mat phéng chtra truc toa dé Oy va di qua diém 4 = (1, 2, 3).
Ay-2=3x-2z B.3x=z. C.2-y=3x-z D.y=z-3x.
Viét phuong trinh mat phang di qua diém (3, 4, 5) va chta dudng thang xac
dinh boi {’H =0

y—-2=0
Ax+2==z B.ytl=z Cx+l1=y. D.x+y=3..
Viét phuong trinh mat phang di qua diém (6, 0, 1) va chira dudng thang c6

z-3
huong trinh £ =2 = .
p g 573 4
A 3x-2y=0. B.2x-3y=0.
C.x+y:=0. D. 3x+2py+z=1.
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1S.

16.

 for

18.

19.

20.

21,

110

' MA
A. 2. B. 4. 1
- C. R D. 3.
Cho diém 4 = (0, 0, 2), dudng thing o cg PhUONg trinh 2y = 1, — . o dadme
théng d’ xr:icldinh bai ¥*ry=3=0 “ e, ST
' z= - Tim t0a d§ cug diém N thuge duong
thang d' sao cho dudng théng AN cat dudm

|
guinh x + 2y =2z + 1 5

; sch déu hai mat Phéng

¢ phuon
h c4c diém ca

Cho hai mat phang (P) va (P’) lan luot
vax—2y+2z—1=0. Goi (5) laquy lC
(P) va (P"). Tim khing dinh ding.

A. (S) la mit phang c6 phuong trinh x = 0.
B. (S) la mat phing c6 phuong trinh 2y — 2z ’
C. (S) la duomg thang xac dinh boi giao tuye€
trinhx=0va2y-2z+1=0. .

D. (S) 1 hai mat phang ¢6 phuong trinh [a x = Ov \ - .
Tinh césin cua cac goc gita mot dudng chéo ca hinh 1ap phuong voi mg;

+1=0. 1
n cua hai mat phang cé P}'lu'cng

al2y-2z+1=0.

canh cua no. :
e 1
1 1 L 1
A =, B. —. C —=- "
3 2 3 oF
d va d' 14 hai dudng chéo cia hai mat cia mét hinh 14p phuong, d va d" ciy
nhau tai mgt dinh cua hinh lap phuong. Tinh s0 dq dd cua goc gittad, d'.
A.45°.  B.30% C. 60°. D. 90°.
Cho cac diém M = (2,2, 1) va N = (1, 2, -2). Trong cac dudng thang ON,
Ox, Oy, Oz, xéc dinh dudng thing tao véi duong thang OM gbce 16m nhat,
A. ON. B. Ox. .0y, D. Oz.
Cho diém M = (2, 2 1) va mat phang (P) ¢6 phuong trinh x + 2y — 2z — 1 =,
Trong cdc mat phang (P), (().ry), (Oyz), (Ozx), xac dinh mit ph:‘;ing tao voi
duong thang OM goc bé nhit.
A. (D). o B. (Oxy). C. (Oyz). D. (Ozx).
Cho hai diem 4 = (1,2, 1) va B = (4, 5, -2) va mat phiang (P) ¢6 phuong

trinh 3x — 4y + 52 + 6 = 0. Puong thang AB ¢4t (P) tai M. Tinh i sb L

g théng daj mdt diém.
B, NE.(2’ 1, 0.

D. Khéng ¢4 diém N njyy thé.

A.N=(0,3,0).
C.N=(1,2,0).




" cit

ON.

yong

I@ﬂg

yONE

22.

23.

24.

25.

26.

27,

28,

Cho diém 4 = (1; 1; 4), dudng thing d xac dinh boi {x— f —1]: 0 va dudng
| . y—1=
X+ 2y =0

thang d’ xéac dinh bai {z_l L Tim toa dd cua diém M thudc dudng

thang d" sao cho duong thang AM cht duong thing d tai mét diém.
A.M={-21 1) B. M= (2,-1,1).

=42, D). D. Khong c6 diém M nhu the
Cho duong théng d c6 phuong trinh ——2—1 = y+1 =z+2 va mzflt phé_ng (P)¢o

phuong trinh x —y —z=0. Tim khang dinh dtng.
A. d cit (P) tai dung mot diém va d tao voi (P) goc 45°.
B.d song song Vol (P).

C. d nam trong (P).

D. dvudng gbc véi (P).

Cho mat phang (P) c6 phuong trinh x + 2y —z -2 = 0. Tim toa do diém ddi
xung véi gbe toa dd O qua mat phang (P).

% E -2
—1). (-1,-2.1) 0 Gl =i )
na2 monan o cf242)
Vi mdi diém M cua mat phang (P) 6 phuong trinh x — 2y +z—1=0 liy

diém M 'dbi xtmg vdi M qua truc Ox. Viét phuong trinh mat phang chira cac
diém M 'do.

A—x—2y+z¥l=0 R B. x+2y—z—1=0
C.x—2y+z+1=0. B E e Al Bt
Tim toa do hinh chiéu cua diém M = (2, 0, 1) trén dudng thing c6 phuong
trinh x=y=2

¢

Al 1, 1) B. (2,2, 2) . G (3',3,3). D.ﬂ(O,t:),O).
Cho duong thang A c6 phuong trinh x = y = z. Tim toa d¢ diém doi ximg
cia diém (1, 2, 3) qua duong thang A. R - -
A(~1,-2,-3). - B. (2,3.]) R G819 ) T D. (3,2, 1).

Cho ducmg thang A O phu’o*rlg trinh x = y = z. Tim toa dd diém ddi xung
cua diém (1, 2, -1y qua dudng thing A

-2 7
L 2 —5 ok (l,'——,—), D.(1,-1,2).
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29,

30.

al.

32.

33.

112

o toa do Ox trén mat pps
Viét phuong trinh tham s cta hinh chicu €12 truc Phap,

(P) c6 phuong trinh y +z = 1. X=t
| ‘ HEa 1
— Xo= ; .
' : =9 ’ D. y==
A A=l B.1y=0. C.yY i 2
z=0 1z=1 S {2=]
2

Cho mit phang (P) c¢6 phuong trinh 2x —y — 2 = 2 Tim phuong tm.]h Cla

hinh chiéu cta truc Oz trén mat phflng (). -

X z+2 " 2-2
A —=—y= L B._.___J-._yz ’
AR 5 B 3
- K z+2 | X Z
£, gy . D-__:__' =

Cho duodng thing d c6 phuong trinh x =2 =-y + 1 =z + 2 va dudng théng
y A8 =] | ok \ o = ,
d’ ¢6 phuong trinh XT = y—2=z+1. Viét phuong trinh mat phang chtad

va song song voi d’. ;
A 3x+y-2z-1=0. ° - B.-2x+y+3z+9=0.

C.2x—y—-3z+6=0. D.3x+y-2z+1=0.

Cho dudng thang d cé phuong trinh x;Q ¥ jad =-z va dué‘né thang d'

2
x=0

xac dinh boi
Ay-z=

o Vi€t phuong trinh mét phing (P) chira o va vuong

gocvai d'. |

A. Khong c6 mat phang (P) nhu thé,

B. (P) c6 phuong trinh y + 2z - 1 = (.

C. (P) c6 phuong trinh x — y =2,

D. (P) ¢6 phuong trinh y + 2z -2 = 0.

Viét phuong trinh mat phang (P) di qua dlem 4= e

thang d c6 phuong trinh x—1=2" 5 =z i R dwﬁg’
2 ¥a vudng goc v&i duong thang d

xac dinh boi {x y+3=0 ) |

z+]~0

A. (P) c6 phuong trinh y — ytz+ 2= 0.

B. (£) ¢6 phuong tripnh y — —y+z-2ag

3.

36.

37,

G¢
dir

vu



34.

35.

36.

37.

38.

C. (P) c6 phuong trinh x -y+1=0,
D. Khong cé mat phing (P) nhu thé,
Viét phuong trinh mat phing (P) di qua diém 4 = (1, 2, —1) song song V6i

duong thang d ¢6 phuong trinh x — 1 =y = ; cr s
thang d’ ¢6 phuong trinh x — 1 = — y=z _}é z+ 1 va song song vl ducmg

A. Khong c6 mit phang (P) nhu thé,

B. (P) cd phuong trinh x —z -2 =

C. (P) c6 phuong trinh x —y +iz + 2 =
D. gP) c6 phuong trinh x — y + 1 = 0,
Viet phuong trinh dudng thing di qua diém 4 = (1, 2, —1) va vudng géc véi
mat phang ¢6 phuong trinh 2x + y + z =0, '

a4

-1
A.—2—=y—2=z+1'. - B.2x-1)=y-2=z+1.

x—1 ‘ . ) ;
Lo —2—-=—y+2=—z—1. | D. C6 vo s6 dudng thang nhu thé.
Goi d 1a dudng thang c6 phuong trinh x =y = z va d’ 1a duong thing xac
_ . |x=-1=0 _ . : ;
dinh boi { 0o Viét phuong trinh tham s6 cia duong thiang cat va

Y= |

vudng géc voicadvad. .

XxX=1u x=1 b | x=1+u
A sy=0. B. <y=u. C.<y=u. D.|y=-u .

Z:O z:l Z:0 Z_l

Cho dudmg thang A cé phuong trinh x = y = z va duong thang d xac dinh béi

+z—-1= . ) ,
¥+2=1=0 1 khéng dinh déng.
y=0
A. A vad trung nhau. B. A vad song song.

C. A va d cit nhau tai mot diém. D. A vad chéo nhau.

lE=p=1=0 o 3 5%
Cho dudmg thang d xéc dinh bai {z =0 va duong thdng d’ xac dinh

b {x—y—l = 0_ Goi (S) la quy tich trung diém cac doan thang MM’ M
z+1=0 '

thy y thuge d, M’ tily y thudc d’. Chon khang dinh dung.

~A.(S) 1a tryc toa dd Oy.

B. (S) la truc toa do Ox.
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o9,

40.

41.

42.

114

C. (S) 1 dudmg thing xéc dinh boi {

x=1I

y p & =14+1.
C. (S) la dudng thing c6 phuong trinh tham sO Y (1)
i

D. (S) la mat phing toa do (Oxy).
Cho dudng théng d c6 phuong trinh x — L =2
x=y=1=0 -+ 6 1a quf tich trung diém céc doan thang My,

_ , +1 va dudmg thing d’ x4

2 =

dinh boi {

M thy ¥ thude d, M’ tiy y thude d'. Chon khing dinh dung.

A. (S) la mat phang c6 phuong trinh x—y = 1.

B. (S) 1a mit phing c6 phuong trinhx +y = 1.

x—y—-1=0
z+1=0

x+y—-1=0

D. (S) 1a dudng thang x4c dinh boi
z+1=0

Cho duomg thing d xac dinh boi x — 1 =2y = z +1 va dudng thang d’ xic
dinh bdi x + 1 =2y + 4 =z + 3. Goi (5) 12 quy tich trung di€m cac doan thing
MM, Mty y thube d, M’ tiry ¥ thude d’. Chon khang dinh ding.

A. (S) 12 mat phang xéc dinh boi x =2y + 2.

B. (S) 12 mat phing xac dinh boi x =z + 2.

C. (S) 1a duomg thang x4c dinh boi x =2y =2z.

D. (S) 1a dudmg thang xac dinh boi x=2y+2=2z+2,

Cho dudmg thing d c6 phuong trinh x + | =y =z — 1 va dudng thing &’ xic
) L x+y-1=0 _ | . .

dinh bai {z A Viét phuong trinh mét phing (P) sao cho khoang

cach tir 4 dén (P) bang khoang cach tir & dén (P).
A x+y-2z+1=0. B.x+y+2:-1=0.
C-x-y+22_1=0- D.2x+y+z__1:0_

Cho duong thing A c6 phuong trinh x = y = z va dudng thing 4 x4c dinh
x+z-1=0 | '
bai { . Tinh khoang cach gitra A vad .

y+1=0
2 | 3 9,

A —. B, oof = 5 N il : ]
6 2 - ) ' D.—.
. e %
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49.

50.

S1.

52.

53.

54.

116

A. (S) va (S’) ¢ it nhat ha1 diem ClULS:
B. (S) va(S’) ¢ ngoai nhau va khong €0
C. (S) va (S") tiép xtc trong.

D. (S) va (S’) & trong nhau va khong s
Cho hai mit ciu (S) va (S) ¢6 phuong trinh X +y
x*+y*+2"—4x-6y—4z+13=0. Chon khang dinh dpng

A. (S) va (") tiép xtc trong,

B. (S) va (S”) & ngoai nhau va khong c6 diém chung.

C. (S) va (S") tiép xtic ngoai.

D. (S) va (S") & trong nhau va khong c6 diém chung. P

Cho hinh 14p phwong ABCD.A'B'C'D’ canh bang a. Chon hé toa 0 sao chg
4=(0,0,0), B=(a,0,0),D=(0,a,0),4"=(0,0,a). Goi / 1a tAm cuia high

vudng ABCD va J la diém dbi ximg cta / qua duomg thiang CD. Tinh khoéng

cach tir diém 7 dén mt phing (4 'BJ). ,

- By a L da

A —. B. C. N3 | 2ﬁ

4 NS
Cho phuong trinh ¢6 chira tham sé m

(m—1)x+2(m* -Dy+(m-1z+2(m-1)=0.

Tim gia tri cta tham sb m dé phuong trinh d6 1a phuong trinh ctia mit ph.:fmg
x+2y+te¥2=0. -

A.m=1. : B.m=2,

C.m=0. ' D. Khéng ¢6 gia tri ndo cla m nhu the
Tim gia tri ctia tham s6 m sao cho phuong trinh

(I+m*)x—4my+2mz+m-1=0 Ia phuong trinh ¢
song v6i mat phang x + 2y -z+2=0,
A m= 1 " B.m=2,

C. m= | D. Khéng ¢4
: gi4 tri na 0
I'im gid tri ctia tham sé m sao c¢ho phuong trinh sl nhu the.

A+2m)x—(+m)y+(1+m)z+m = 1d phuon |
g trinh
vuong goc voi mat phang X+2y-z+4 1 0 cia mot mat phang

diém chung.

o6 diém chung
2x —22 +1= 0 V{:]

ta mot mit phing song

C m= "2 Khon c
0
Vi mébi gia tri clia tham sé m, xét mat ICJI%::mgg(}:c’1 Pl cua m nhlr the.

m) X4 dinh ba; phuong trinf

mx+m(m+l)y+(m D'2~1=0, Tim to
phang (P,,). 8 49 cia diém thugc moi mé
A- (19_2= 1) B (03 Is I)
C.(3,-1.1). '

D. Khéng ¢ diém nhy, thé

56.

57,

§8.




56.

60,

>

Tim gid tri cua tham s6 m dé mit phing xic dinh boi phuong trinh
(1+2m)x=y+(1=m)z—14+2m=0 vudng géc véi dudng thing xac dinh b

x-1=0
3y+22=0 '
A.m=1. B.m=-1.
1

Cm=-3- D. Khong ¢é gia tri nao cua m nhu thé.

voi méi gid wi cba tham sb m, xét dudong thing xdc dinh b
{m.\' +y-m=0

Tim toa d¢ cla diém thud i dué % ;
i v v uoc moi @
x-mz+m-1=0 - 5¢ moi dudng thang do.

A. (1.0, 1). B.(-1,0,-1).

C.(1,0,-1). D. Khéng c6 diém néo nhu thé.

Véi méi gia tri cia tham s6 m, xét mat phing c6  phuong trinh
x—y+z-l4+m(2x—z+ 2) = 0. Viét phuong trinh chinh thc cua dudng thang -
nam trong moi mét phing do.

x y-1 z-2 ; - -
A XX =22 Mkl AT
1 3 2 27 3 1
i 7 . ,
.:;:y 1 =z2 . D. Khéng c6 duong thing nhu thé.

Véi mdi gid tri khac O cua tham s0 g, xét mat ciu S, c6 phuong trinh
(x—a) +(y-a)’* +(z-a)’ —3a’ =0. Tim phuong trinh mét phéng tiép xuc
véi m3i mat cu S, tai gbc toa dd O.

Ax+y+z=0. B.x-y+z=0.

C.x-y-z=0. D.ax+y+z=0.

Vi mbi gia tri cha goc a , Xét mat cau c6 phuong trinh ‘

7 tich tdm cac mat cau do.

(x-sin )’ +(y—-cosa')2 +2z2-1=0. Tim quy
A. Mit phang (Oxy).

B. Truc Oz.

C. Duomg tron trong mét phang
D. Mit tru truc Oz, ban kinh bang 1.

Véi mobi tia O1 géc (), gol a, .y theo
Ox, tia Oy, tia Oz va xét mat cau c6 phuong trinh
(xhcosa)l+(y-cosﬂ)3+(z—COS}’)3‘1"0- Tim quy tich tdm cac mat

cau do.

(Oxy). ¢ tam tai gdc toa dg, ban kinh bang 1.

thit t 1a goc hop béi tia Of véi tia
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61.

62.

A. Puong thang x =y = z.
B. Ba truc toa d6 Ox, Oy, Oz

C. {(x,y,z)|lx1$1,ly|£1,lzl$1}.-

D. Mt cAu tam O ban kinh bang 1.
Véi mdi bd gié tri cua cac tham sO 4
trinh (x—a)® +(y—b)*+2° -2cz=0.
A. Moi mat ciu d6 di qua goc toa do O-

B. Moi mat cu do 1iép xuc voli mat phéng (Oxy)-
C. Moi mit cau do tiép xuc véi truc Oz. ;
D. Moi mat clu dé tiép xic voi cac mat phang (Oyz) va (0zx).

b khong ddng thoi bang 0), xét mi
¢)? =0.Tim khang dinh dung,

b. ¢ (c khac 0), xét mat cau ¢ phlfUng
Tim khéng dinh dung.

Véi mai b gié tri cua cac tham s a, b, ¢ (@,
chu ¢6 phuong trinh x* —2ax+ y* —2by +(2 -
A. Moi' mit cau do di qua géc toa d6 O.

B. Moi mit ciu dé tiép xtic véi mat phang (Oxy).
C. Moi mat cu dé tiép xuc vai truc Oz.

D. Moi mat cau dé tiép xuc voi cac truc Ox va Oy.

IIL. GOI Y - HUONG DAN GIAI - PAP AN

Goi y - Hirdng din giai

4.

17.

18.
19.
21.

118

Cé thé tim vecto phap tuyén clia cac mat phéng (SAB) va (SCD). Co thé
dung nhan xét: S.ABCD la hinh chop tir gide dew, ké SH vudng goc 4B, SK

vudng goc CD thi ASK 1a géc cin tinh cosin.
Trung diém doan AB thude (P).
C6 thé chon hé toa do thich hop rdi tinh toan; tuy nhién nén dé y ring hal

duong chéo do cung véi mot duong chéo (ciia mot mit) nira 1am thanh mdt
tam giac déu! ' '

Péi véi goc nhon, goc cang 1on cdsin cang be.
Péi véi goc nhon, goc cang bé sin cang bé. .
Mait phéing chita d va 4 c6 phuong trinh 2x = Y, 6 cit & tai N = (1,2.0)

AN khéng song song Vi d nén cit d (c6 thé tim giao diém cua AN va d 18

]
—, 1, 1)).
(7> . 1))

e e e D



S

22.

24.

28.

29.
30.
39.
41.

42.

43.

44.

45,

47.

48,

30

- Mat phang qua 4, chira d ¢4

nlf;huong trinh y = 1, n6 cit d’ tai didm M= (=2, 1, 1)

N SONg vai d. Nén ta chon dap an D.

Goi diem ddi xiling can tim 13 4 thi trung didm do OZ hai thude (P) v
ano thin OA o 1 g oan phai thudc (P) va

duong thang qua O4 ¢6 vecto chi phwong (1, 2, —1)

Ch;)ncanétiu\l;ézecu? co h’ai dau mat 13 diém (1, 2, —1) va diém ta chon c6

vuong % VOl Vecto chi phuong cia A va trung diém doan thing néi diém

(1, 2, - ) v&1 di€m ta chon ¢6 thuse A hay khong ?

Déy rang Ox song song véi (P).

H}':h chicu dé ?E‘l giao cixa’(P ) v6i mat phang chita Oz ma vudng goc voi (P).

Viét phuong trinh tham sé ciia d va cia d’. "

d va d’ chéo nhau nén (P) song song véi d va d’ do d6 c¢6 phuong trinh dang

x+y- 2z +m =0 ; xéc dinh m bai khoang céch tir /= (-1, 0, 1) thude d va

tr /'=(0. 1, 0) thudc ¢’ dén (£) bang nhau.

Mat phéqg chia .A song song voi d ¢6 phuong trinh x — 2y + z = 0; khoang

cach tr diém (1, -1, 0) thudc d dén mat phang d6 1a khoang cach cén tim.

(Day la cau hoi so 10 chu dé 5). Ta giai bing phuong phap toa do. Do

613 \/5 azﬁ p
4

va dién tich hinh thoi ABCD la suyra SI=h=

nhung dudng théng AM so

col

V= .
. ‘ 2
a = 2 cho don gian ; chon hé toa dé sao cho /(0; 0; 0), 4 = (\.@,0,0),
B=(0,1,0),C= (=/3,0,0), D= (0, -1, 0), S = (0,0,4/6); viét phuong
trinh mat phang (S4B) va tinh khoang céach tir C dén mat phing @6 thi duoc
2.6 |

5

Mit cdu c6 phuong trinh x> +y*+z>+2ax+2by+2cz+d =0 tiép xdc voi
truc Oz khi va chi khi phuong trinh z2 +2cz+d =0 clé ding mot nghiém.
Mt cdu c6 phuong trinh x’ +y* +2° +2ax+2by+2cz+d =0 tiép xuc voi

duong thang A khi va chi khi phuong trinh 3x* +2(a+b+c)x+d =0 ¢o

ding mot nghiém.

Do tiép xuc véi cac truc t I :
do khoéng cach tir tam dén moi truc toa dd
khoang cach tir tim do dén (P) bang p2.
Hiéu hai ban kinh bang khoang cach hai tam.

a ), BJ cét Oy tai (0, 34, 0), viét phuong trinh (4 'BJ) dudi dang
37 o
doan chin. C6 thé giai bai tod

oa do nén tdm mat cau c6 dang (p, p, p), p > 0 va
bfmg p\fi nén chi con dicu kién

=4
y n ma khong dung phuong phap toa dé.
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S1. Khi m =1, phuong trinh da cho khéng phai 1a phuong trinh cia mat Phing |

34. Pa thue bac hai cua m ddng nhét bang 0 véi moi m kht va chi khi Mo hg ¢ t.
cua da thirc d6 triét tiéu.

s 1=0

2x—z+2=0.

58. Mait ciu S, ¢6 tim tal I, = (a, a a) thuoc dtro’ng thang d xac dinh b

x =y =z S,diqua gbc toa do O nén mat phing tiép xiic S, tai O vudng g,
voi 1,0, e vudng goéc véi d, do d6 nhan vecto (1, I, 1) 1am mat vecy,
phap tuyen

59. T&m mit ciu la (sine,cosat,0).

. , |
57. D¢ la dudng thiang x4c dinh bot {

60. Vecto don vi chi hudng cua tia Ot lg‘i (cosa,cos 3,co8¥).
61. Bén kinh mit cau bang |c|, khoang cach tir tim I(a, b, ¢) clia mat cdu theo th
t dén O, dén Oz, dén (Oxy) bing Va® + 6 + > Na? + 52, |c

62. Ban kinh mat cdu bang Va’ + b2, khoang cach tir tim /(a, b, c¢) ciia mit ciu
theo tho tr dén gbc toa do, mat phéng (Oxy), truc Oz bang

\/az +b%+c*, c|, Nai+ b,
Pap dn

Ciu | Dipan [ Ciu [Papan| Cau |Pipan]| Cau | Dapin
1 C 17 C 33 D 49 B |
2 B 18 D 34 B 50 C
3 D 19 B 35 A 53 C
4 C 20 A 36 | D ) e |
5 D 21 C 37 D 53 T
6 C 22 D 38 C 54 < |
7 B 23 B 39 | A 55 c |
g D 24 % 40 | D T 3¢ & |
9 D 25 B 41 A = “5 |
10 D 26 A 42 B | sg | A
11 | & | 27 71D '@ |5 T5T1 |
12 B 28 C | 4 1 b T T D
13 C 29 D 45 1 ¢ T e T B
14 A 30 & | W T
15 D 31 B | 47 T p et |
16 C L Bii“hé"“‘“——"j
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el - T TR et thaei ol 0o e achol M oo e B SRRl
I"

phin hai. MOT SO PE LUYEN TAP
phirt EN T/

5-MOT SO DE LUYEN TAP

A
DE 1
ciu 1. DO thi ctia ham s flx) duoc cho boi v4

hinh vé bén. Hay chon cau sai trong
céc két luan sau: /

A. Ham s6 f{x) déng bién trén m3i
~ khoang (—e0; =2), (-2, 0). i
B. Ham s6 f{x) nghich bién trén mdi / _ _

khodng (0; 1), (1; +<0). oL
C. fix)> 0 trén mién /_\

(-2,5; -2) U (1; +o0), / = \

=¥

D. Ham séﬂx) chi c6 ti€ém cédn ngang
y=1;ti€ém can dang x = 1.

Ciu 2. Tim gia tri cuc dai ycp cua ham ) y=-x'+2x"+1.

A.yCD:3. B-yCD=2- C.yc[): 1 D.y[‘[)=0.
Cau 3. Tim gi4 tri 16n nhit cua ham sé y = 2x* +3x* =12x—13 trén [-3; 2].
C. max y=-4. D. max y=3.
Afngcly v d Banag(ly g o ¥ max y

Cau 4. Tim cac gia tr1 cua tham s& m sao cho do thx ham s6 y=2x*+mx? —12x—13
¢6 cac diém cuc dai, cuc tiéu va cac diém d6 co khoang cach bang nhau dén

truc tung.
A.m=0. B.m=1. C.m=2. D.m=3.
’ M . . x _ + 2 I R

Ciu 5. Cho biét dudng thang y = —3x — 2 cat @6 thi ham s6 y = el tai diém

duy nhit. Tim tung d¢ yo cua diém do.

A yy=2, B. yo=—2. C.30=0. D. yo= 4.
Cau 6. C6 bao nhicu diém thudc d thi ham'so y = e cach giao diém haj

dutmg tiém cén cua @6 thi ham s6 da cho mot khoang bang 47

Al B. 2. C. 4. D. 0.
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Ciu 7. Trén hinh v& mé ta hinh chr nhét PORS ndi
tlep nira dudng tron tam O ban kinh 10cm. bat

POQ 0 (6 do bang radian va thay do6i). Tim Y -
gi4 tri cta @ dé dién tich hinh chix nhét lon nhat. S o) 5

= B.9=—.
4’ Lo 3
z D. 19—3—7E

6 4
Ciu 8. Mot soi day kim loai dai 250cm dugce ubn thanh
khudn ctra sé cé dang nhu hinh vé. Khi r thay h
ddi, tim r dé dién tich hinh tao thanh dat gia tri

16m nhit.

250
A; —— CIl; B. 220 cm. A
4 4+

125
C_fcm D. 125

AG-

C. 8=

—Rv

cm. |
4+ x_ > y

Cau 9. V6i tAm nhém hinh chit nhét c6 kich [X]
thuac 30cm, 48cm. Nguoi ta phan chia I
tdm nhom nhu hinh v& va cit bo mot E
phan dé gap lén dugc mot cai hop c6 |, |
nap. Tim x dé thé tich cai hop 1ém nhat. g
A. bcm. B. 4cm. - >

C. 2cm. D. 8cm. 48cm

Cau 10. Cho tam gidc vudng ABC co6 canh huyén BC =643 quay quanh AC
duoc khdi tron xoay. Tinh AC dé thé tich khéi thu duoc 16m nhét.
A. 10. B. 8 C. 6. D 4

Cau 11. Mot nguoi thcr mudn 1am mét CthC thing hinh hop chir nhat day vudng
khéng nap co thé llCh V =2,16m’. Gia nguyén vt liéu dé lam bbn mat bcﬂ
la 36 000 déng/m’. Gid nguyén vét lidu dé lam day 1a 90 000 dong/m
Tinh cac leh thudc cua cai hop dé ¢ gia vat liéu lam chiéc thung co dang do

30cm

-
e = = = o

l4 nhé nhat.

A. Canh day 1,2m, cpiéu cao 1,5m. B. Canh day 1,5m, chiéu cao 1,2m.

C. Canh ddy 1m, chiéu cao 1,7m. D. Canh d4y 1,7m, chidu s i
Cﬁu 12. Tim tap xac dinh cua ham $b y=(x*+ 2x_3)JE.

id paic it ity B. (~0; 3] U [1; +c0).

C.(=3: 1) | D.[-3; 1),

122




ST T N

su 13. Tim tdp xdc dinh ctia ham sb y=log,(4 +2"' -8).

C
A. (1; to0). B. (2; +o0). C. (—o0; 1]. D. (1’ « 21,

. B 1 2 9 .
Chu 14.' Cho X =log 5T log“j*" et log?@ﬁ‘ Chon cau tra 1o ding vé gia ti cua X.

A X >2. B.X=0. C,Xz_z_l D.X=l
' 2'

ciu 15. bat log,2=a;log,5=b, X:log3%+log‘%+...+log1——99 . X dugc
s ' 100 '
biéu thi qua q, b la:

A X=-2a-2b. B.X=-2a+2b C.X=2a-2b D.X=2a+2b
Ciu 16. Tim nghi¢m cua phuong trinh 3%' #3777 =242,
A.x=-log;2. B.x=-log,3. C.x=L D.x =2

Cau 17. Tim nghiém cua phuong trinh log, x+log, x = 5

Aax =2, B.x =3 C.x =4. D. Phuong trinh v6 nghigm.
Ciu 18. Giai bt phuong trinh 2' 2" +1<0. '

A.x2 1. B.x>2. . & I<xx2. D.x<l.
Ciu 19. Tinh gia tri cua A = log, 125.log; 49.10g, 16. '

A.A = 24. B.A=12. C.A=86. D.A=3.

. In(x®+1) .
Ciu 20. Tinh gia tri cua dao ham ham s y=- ( ) tai=1,
X
A.2-2In2. B.2+2In2. C.1-In2. D.1+In2.

n . ] AY l
Ciu 21. Tim nghiém cuia phuong trinh (5) =g

1
A x= B. x==.
x=1. ‘ 2
C.x=2. D. Ca 3 khang dinh trén déu dung.
. ' o 1 . ! 3
Cau 22. Tinh nguyén ham cua hamso f(X)=———__=2. trén khoang (0 -5)
- _ sin” XCOS™ X

A. J‘,f'(x)d*r:—cotx-l-tan y+ L, B. J.f(x)dx=cotx—tanx+C.
C. J.f'(x)dx= Insin® x+Incos’ x+C . D. J.f'(x)dx-;-—cot:cetan.wf'.
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£ Ix
Cau 23. Tinh ¢ i e [2 SO
a Tinh tich phan / JO m .
= D. 1:—-.
ke bk, B, == C.I=1. 3
3 3 L
£ 1
Cau 24. Tinh tich phan 7 = J-O2 cos xsin” xdx.
] 2
_ _ 1 Fsims., X o
A l=1. B./=—. Cd=g | 3

Céu 25. Tinh di¢n tich hinh phéng giéi han boi @d thi ham $O y =tanx; 1,
; T
hoanh, cac duong thing x=0; x= 3

B 1
A.In2. B. %mz. C. Inv2. D. EIH‘E‘

Cau 26. Ki hiéu (#1) 12 hinh phing gi¢i han boi dé thi ham so ¥ = Inx, truc hoiy)
cac duong théng x =1, x = e. Tinh thé tich ¥ cua khdi tron xoay thu dug
khi quay hinh (f7) quanh truc Ox.

A V=rm(e-2). B.¥V=n(-1). C. V=m(2¢-2). D.V=2@+),

+ 3 2 i A b 2 ]
Cau 27. Ki hiéu (&) 14 hinh phang gi6i han boi d6 thi ham s y=—va -y

a
(a: b cho trude, a, b > 0), truc hoanh. cac duodng théng X=—a x=aqa Tin
thé tich ¥ cua khéi tron xoay thu dugc khi cho hinh (f1) quay quanh truc Ox

A V= -Z—iimzb.. B. V= inabz.‘ C.V= l:r"L'|:1r3<b. D.V= ln‘ab!.
3 3 3 d

Cau 28. Xét su lan cua mot vat thé tr dinh cua mat van
phang nim nghiér}g.\Cho biét gia tdc cua chuyén
dong l1a Sm/s”. Biét rang sau 1,2 giay vt thé cham
den chan cua mat vén nghiéng, Tinh do dai cua
mat van nghiéng.

A. 3.6m. B.3.2m.
C.3m. D. 2,8m.

Cau 29. Chocécsépht’rc;;=3+4;'-q=__2+3!. Tim X o il pd
- ’ : t . bieu
dién s6 phirc zma 2¢ + 3z =, 0a dj (x; y) cua diem

G 23 e(3y) opy

33

0
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< s6 phie z thoa ma ~ 5= '
u 30. Tim SO p man |z 5| = |z~ 2-3i| va phan thuc phan ao cua z

A

ca o6 gia tri d6i nhau.
A.'Z:'"zj'-z:' ljB.z:'W:2-2i. Cz=1-j D.z=~1+1
ciu 31. Tim SO diém bléll' dién cho s phirc z ma [z - 4| = 3‘;;] va z 14 thudn ::io'.
A2 B. 1. C.0. D. 4.

4 32. Tinh tong cdc mddun cde sO phic 1a nghiém cia phuong trinh

G Pt +2e~1=1,
A.3. LTk . 1. D. 4.

ciu 33. C6 bao nhiéu s6 phic z théa man |Z Ea 6| =5 va phén 4o cua z bang 4.
Al B.2. R oS- D. V& sb.

cin 34 Vé‘i so phuc z=x+yi,x,ye R ma |Z|=1, y:ﬁx vay > 0, tim
z~1 : :

médun cua s6 phuc

z+1
1 - 1 ' 1 1
oy B, ——. C =, c.
ﬁ \/5 | 2 D.3.

N

Ciu 35. Hinh chop SABC 6 $4 = SB = SC = ==, diy ABC ¢6 AB= 1, AC =2,

BAC = 120°. Tinh thé tich ¥ ctia khéi chop.

A.V=£. B.'V=‘/g C. V=£. D.V=£.
6 | - 3 2

goc tai dinh 4

—
.

Ciu 36. Hinh hop ABCD.A'B'C'D' ¢6 céc canh cung bang 1, ba
ciing bang 60°. Tinh thé tich ¥ cua khéi hop.
2 J2
AV=42. B.V=[-2—. C.V=£. D, p=2%,
2 3 4
Ciu 37. Cho hinh chép SABC co ASB = 60°; ASC = 90°% BSC = 120° va
S4=1,SB=2,SC=3. Tinh thé tich V" ctia khoi chop. J'
2

2 5
\/5 B.V=\/§~ C.V:_\/: D'Vz_g_

Av=Y% ;
: 5 A i
| Ciu38, Cho khéi hop ABCD.A'B'C'D' ¢6 thé tich V. Goi M. N, B jan luot 14 trung
diém cic canh AB, BC, CC". Tinh thé tich cta khéi da dién 161 ADCNMP.
7 7 7 _1 v
A —y - c.—V. D. :
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x=1+¢ xX=34+4¢ s )
A. =2—1. s T

f_3 R lgea e Cl S o

2 =ikl z2 =44+ ok b,

Ciu 4;/.(;1}01;?\1;}1%% gian '()xy.? cllo M (1; 2; 5). C6 bao nhiéu diém M’ ma duong
thang M | vuong goc va cat truc hoanh va khoang cach tir M’ dén truc
hoanh bdng hai lan khoang cach tr M dén truc hoanh? :
A. 1. | B.2. C.3) D. 0.

Ciu 48. Trong khong gian Oxyz cho mit cau (S) : (x—1)> +(y +3)’ +(z —2)> =49.
Phuong trinh nao duéi day la phuong trinh mét phang tiép xtc véi (S)? |
A. 6x+2y+32=0. “B. 2x+3y+62-5=0.

C. 6x+2y+32=55=0, D. x+2y+32—7=0.

Cau 49. T}'ong khong gian Oxyz E:ho diém M(1; 2; 5). S6 mat phang (@) di qua M
va cat cac truc Ox, Oy, Oz lan luottai4d, B, CmaO4 = OB =0C =01la:

A. 1. B.:2, (B 24 D. 4.
Ciu 50. Trong khong gian Oxyz cho bon duong ihéng d : Il-l 2 y;2 £ _2_2; |
L 3
e =1/ ¥ Ganilats x—2 . y=2 z x=4iny—2 =z
dg ; — = o 7l T = = 3 dq E = =—.
2 1 1 ’ 2 4.5 =4 2 2 -1
C6 bao nhiéu dudong thiang cat ca bon duong thang da cho?
A. 0. Bt 2. D. V& sb.
PE 2

Cau 1. Ham s6 f{x) c6 dé thi cho boi hinh v&.

Chon céu sai trong cac két luan sau:

A. fix) déng bién trén moi khoang
(—o0; 1), (35 ).

B. f(x) nghich bién trén moi khoang
(1:3); (5; +08).

C. Didm cuc dai cua do thi fix) 1a
(1;2) va (5; 1).

D. Gié tri cuc tidu cua f{x) bang 3.




‘ , 4 A _._:_Idx-”.—_x'j-#l.
Cau 2. Tim gia tri cuc tiéu ycr cua ham SO V=5
! D
: : CheiF 5t - YCT S =
A Ver =~ B yer= == ' 2 2
ey 3 J 3

e it M el v e doandilaEl:
Ciu 3. Tim gié tri nho nhat cia ham 0 y = 5 |

5 5 = . D. Khﬁ'n C() 1
A. min y=1. B. min y=—. C. ot ¥ L & n}”}]j
[~1:2) [-1:2] 2 R

Cau 4. Tim céc gia tri cua tham s6 m sao cho do thi cua
6 ba diém cuc tri tao thanh tam gidc vuong. !
Aom= 1 B.m=2. _C- JE 3. ! D. m} 4. '

Cau 5. Cho biét dudng thing y = 2x + 3 cat do thi ham s0 y = —% —3x+3 t
diém duy nhat. Tim tung do yo cua diem do. "
A==l B. yo=0. C-{yozz- ; D'.):JO_ :

Cau 6. Co bao nhiéu diém thudc do thi ham s6 y=—x —3x+3, cach giao diém
cua do thi ham sO voi truc tung mot khoang bﬁing =0
A. 0. B.l. B ; 1D

Cau 7. Trén hinh v& mo ta thiét dién qua truc cua cal gau
xtc c6 dang hinh tron xoay ma PQ = OR = RS = 30cm
va POM =SRN =0 (0 thay ddi va do bang radian).
Tim gié tri cua @ dé dién tich thiét dién d6 16n nhit.

% 4 2
hamso y=—X +tmx" +]1—p

(VS

5 L BT
6 3
T S ' B
G g D. Khong c6 gia tri cua 6.
5 : =4 : e 5)( 5)(
Ciu 8. Mgt doan day thép dai 150cm duoc udn thanh mét
chiée khung c6 dang nhu hinh v&. Khi x thay doi. tim x C .
dé di¢n tich hinh phang thu dugc dat gia tri 16n nhit.
50 25
A. cm). B.
e (cm) AT (cm). o
10 100
cm). D.
7 (cm) i (cm).
Cau 9. Mot miéng gidy hinh chfi: nhat véi cac kich thude 13 :

€ DatAP =
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Céu 26. Ki hicu (#) 1a hinh phing giGi han boi dd thi ham s6 y = tanx, truc

oanh, cac duc¢ 3 E T S h 5 tre
h dudmg thang x = 0, x = o [inh thé tich V cua khoi tron xoay

thu dugc khi cho hinh (H) quay quanh truc Ox.

T
Azl 7). Bz (15 =). C_E(l_.’i)_ D_£[1+£].
4 SIS A 2 4

2

Céu 27. Ki hiéu (#) 1a hinh phing gi¢i han boi db thi ham s y = 52_ véix > 0,

truc tung Oy, cac dudng théng y =2; y = 4. Tinh thé tich ¥ cua khoi tron
xoay thu dugc khi cho hinh (#/) quay quanh truc tung Oy.

A. 6 B. 87 C. 10 DE127
Ciu 28. Xét su chuyén dong cua mot vat thé theo duong thing ma tai thoi diém
t gidy sau khi ro1 diém xuat phat 0, van tdc cua chuyén dong d6 cho boi

3% , ; e
= 5+Zt‘ (m/s). Tinh khoang cach dich chuyén duogc trong thoi gian 1

gidy tinh tir gidy thi 4 dén gidy tha S.

A.21m. B. —S—lm €. §-lm D. 81m.
4 2
Cau 29. Tim sb diém biéu dién cho s6 phitc zma z* —=1=0.
A1) B2 @3 D. 4.
Cau 30. Tim s6 phuc zma z+4=2z(2-1).
A.2+ 21 Bk @ 1+ 2: D2
Cau 31. Tim sé diém biéu dién cho s6 phic z ma |2+ 2i|=|z+4| va phan o cua z
bé"mg 0. _ %
AR B.2. €3, D. V& sé.
Cau 32 Tlm <6 diém biéu dién céc s6 phuc z la nghiém cua phuong trinh
' +z2°+2-3=0.
A. 1 B. 2. C. 3. D. 4.

Ciu 33. C6 ban nhiél s8iphirc,z thoaiman |2—4|=1 ma phan thuc x, phan &o y

cua z ¢6 lién hé y = 2x 7
A 1. B. 2. C.3. D. 0.

Cau 34, Cho diém A biéu didn cho s0 phuc 2 = 3. C6 bao nhiéu diém B biéu dién

cho sb phite w €0 phan thue bing 5 va OB=24B? |
A.0 Bl E.2. D. Vo so.

131







P_——'

Ciu 41. Cho tir dién ABCD ¢6 4D 1 (BCA). AB 1 BC. Khi quay cac canh cua ti
dién do xung quanh truc 4B, ¢6 bao nhiéu hinh nén duoc tao thanh
Al Baps (B 3) D. 4.

Ciu 42. Cho hinh tru ¢é ban kinh bang 5, truc 0,0,. Mot mat phang (P) song

song Vi truc 0,0, va céch true mot khoang bang 3 cat hinh tru theo thiét
dién c6 dién tich bang 32. Tinh dién tich xung quanh cua hinh tru.

A. 40 B. 307 C. 20 D. 10

Cau 43. Trong khong gian Oxyz cho A(1; 1; 0), B(0; 0; 1), C(2; 1; 1). Tim toa do
truc tam /1 cua tam giac ABC.

A. H(0; 3; 1). BYH(2:=1-=1)" "N @ H(11:10). DIHEL: S5 2).

Cau 44. Trong khong gian Oxyz cho A(1; 1; 0), B(0; 0; 1), C(2; 1; 1). Tinh ban
kinh duong tron ngoai ti€p tam giac ABC.

5 5
e B. £. C. 5. D), 1,
2 3
Cau 45. Trong khong gi'c}n Oxyz, cho bon diém M(2; 0 ; 0), N(0; =3 ; 0), P(0; 0 ; 4),
0O(2; 3 ; 4). Tim s6 mat phang (@) di qua cac diém M, N va khoang cach tu-
O dén (@) gap hai lan khoang céach tir P dén ().

A.

A B2 C. V6 s6. D. 0.
- =1 3y »z-3
Cau 46. Trong khong gian Oxyz cho hai dudng thang d,: —I—=E= : :
d,: g_ y;I = z;z . Khang dinh nao sau day la ding?
A. d,, d> cat nhau. B. d, d> trung nhau.
C. dy, d, song song. D. d,, d> chéo nhau.
Cau 47. Trong khong gian Oxyz, cho diém M(1; ; 1) va mit phang (P)

x-2y—-3z+14=0. Cé bao Ilthl.l dlem M' ma duorng thang MM’ vuong goc
v6i (P) va khoang cach tir M'd én (P) gap hai lan khoang cach tir M dén (P)?
A.2. B3 C. 1. D. 0.

Ciu d8. Trong khong gian Oxyz cho mat cdu (S): x* +»* +(2=2)* =1 va hai mat
phing (P): 3x+4z-12=0,(Q): 3x+12y+4z-12=0. Trong cac mat phing

(P), (0) dé, thi mat phz"ing cat mat cau (S)_theo duomg tron ban kinh r = _35_ 1a:
A. (P). B. (Q). C.(P);(©).  D.Khong c6é mit phang nao.
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Ciu 5. Tiép tuyén cua do thi (C) clia ham s6 y = x* —6x +1 tai didm 4= (1, —=4)

con cat (C) tai mot diém B khac 4. Tim toa d6 cua diém B.
A, B=(25=3): B. B=(0;1).
€. B (LT : D: B=(-2:95).

Ciu 6. Cho ham s phu thudc tham sé m la y = x* —8x” + m ; ki hiéu do thi cta
nd la (C,y). Tim gid trj ctia tham sb m dé (C,) c6 céc diém cuc tiéu cach goc
toa d0 O mot khoang bang 2.
A m=12, B.m=16. C.m=10. D.m=8.

Ciu 7. Xét ham s6 y = x* —3x . Tim gia tri bé nhit m va gia tri 16n nhat M cua
ham s6 d6 trén khoang (0; 2).

A m=0, M=2. B.m=-2, M=2.
C.m= 1M =2 D. m=-2, khong co6 M.

Ciu 8. Mt_‘)t‘vién da dugc ném lén tu goc toa do O trong mat phang toa do Oxy
(Ox nam ngang) chuyéd dong theo duong (quy dao) cé phuong trinh
y=—(1+m*)x* + mx, m la tham s6 duong. Tim gia tri cua tham s6 m dé
vién da roi xudng cit truc Ox tai diém cach O xa nhat.

1
5
Ciu 9. Tim ham sé dang f(x)=ax'+bx’+cx+d (a, b, ¢, d 1a hang sd, a #0)

| sao cho f{x) 1a ham s6 l¢, db thi cta né tiép xtic véi dudmg thing y =9x — 16
tai diém (2; 2).

A.m=3: B.m=2. C.m=1. D.m=

A. flx)= - + 5x. BY [(x)= 2% — 7x.
C. fix)=-2x"+9x. D. fix)=x" - 3x.
Cau 10. Tim tap hop céc gia tri cua tham s&6 m sao cho duong thang y = m x + m?
2
tiép xuc voi parabol y = —-{;—-

A. Téap céc sb duong. B. Tap cac s6 khac 0.

C. Tap cac sb khac 1 va khéc —1. D.Tép R.

Cau 11, Hinh nén goi la noi tiép mat cau néu dinh va dudng tron day cua hinh
nén nim trén mat cau. Tim chiéu cao A clia hinh nén ¢6 the tich 16n nhét ni
tiép mat cau ban kinh R cho trude.

3R s8R ahrs 25 D h= SR
A.h——é—_ B-h 3 - 3 . 4.




i I L s 3 1 l ( : i )
A I [ ‘119 A ] ! A OE 2
= I q 1 | )
| )
1! [ a a 11 b ) 4
o 4 ! . 3
1oh ] hiror 1NN A/ 16O
<
2 ’ I
4 = “ b - 1 .' al \ ) s
o ox K d
(i A ’
, ) =
| | ] )
U g — 1 J ]
.







[ | q : . |
\ L ik L A =
] \ [ 1 3 . 7 1L ‘
. . . g | ) . Lite o /




——‘

-~

Ciu 35. Cho gp@i hop ABCD.A'B'C’D" ¢6 thé tich V. LAy diém S thude duwong
thang A4 " sa0 cho A 1a trung diém ciia S4". Tinh thé tich cta khéi chép

SA'B'C'D’
/i 2V
i B cieidd D. V.
‘J )

A ~ . . i ‘) + ’
Ciu 36. Cho khoi lang tru ti giae deu ABCD.A'B'C'D’ c6 thé tich ¥ va khéi lang
tru tam giac déu POR.P'Q R’ ¢6 thé tich W. Hai khéi lang tru d6 c6 cac chu
4

A B.k=+3. cr=33 EALR
2 4 3
Cau 37. Cho khéi lépg tru ti giac déu ABCD.A'B'C'D’, day ABCD la hinh vudng
canh a, mat cau tdm A’ ti€p xtc voi mat phang (ABCD) va tiép xuc véi
duong thang CC'. Tinh thé tich ¥ cua khéi lang tru.

At B. V=22 . Clri—in B} D.V=3%.

vi day bang nhau va ¢6 dién tich xung quanh bang nhau. Tinh ti sb k=

3

Céu 38. Cho hinh chép ti gide déu SABCD, canh day a, thé tich ¥/ = % .Ki hiéu

M 1a trung diém cua doan AB, N la trung diém cua doan AD. Tinh khoang
céch d tir diém C dén mat phang (SMN).

2a
A d=a. B.d=g—. C.d=

2 Dyd=i=2

2 3

Ciu 39. Cho hinh hop chir nhat c6 kich thudc @ b, c. Goi (7) la mdt tir dién co
sau canh 1a sau duong chéo cua sau mat bén cua hinh hop. Tinh dién tich S
clia mat cau ngoai tiép tir dién do. 20
A.S=47r(a2+b2+c2). B.S= m(a"+b +c7).

70,02\ v MR
C.S=27(a® +b* +¢%). 10, SRl CARL IS X 70F

5 ¢ Ahid i) a6 , ;r
C4u 40. Cho hinh chop tir gide déu ¢o canh dédy bang a, ¢6 chiéu cao h = o Tinh |
ban kinh R cua mat cau ngoai tiép hinh chop do. i

A R= 3O B.R=a36’ S DL it
2 '

r

| Ciu 41, Cho hinh try bén kinh r 6 chidu 620 b = . Xeét mdt hinh vusng i

ABCD ¢4 4 B thudc duong tron day trén; C, D thudc duong tron day dugi (i
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13 db thi cua ham s6 a3 chy

\ Ly . » N g é tl’]é
Duéng nao trong céc duong sau day ¢ Vi
41
YA
3 -
2-
21

x //— 3 ' , 11

| - A
A. B
yl\
£
A
1

N

! V | -
al

3t ; | 2

LR

/II ) O ] 2 X
0 Y -
C. -1t D.

Ciau 3. Trong cac khoang sau, ham sd y= ln|x[ ddng bién trén khoang nao?

—
[ 9]
[¥1)
=Y

A. (—oo;+oo). B. (—;0). e (0;+oo). D. (_-1;1). ._
Ciu 4. Trong céc dudmg cong cho sau ddy, dudng nio la do thi cua ham ¢
3 x4+l ,
i x-1
YA
YA
4
i | |
2 2 -
3 4 0 1 2 x 3 2 -}\ol K
A_\ -t B 'I\
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A LR == 3

YA u
4}

1/ -
/O -‘2 -:l O i . 2 X
3/ 2 30X ad
C. aul

" . . A . i z X
Cau 5. Tim gia tri cuc tiéu ctia ham s6 y = —-2x>+6.

A x=0,x=12. B. x=12. C.y=6,y=2. D.y=2.

Ciu 6. Tim gia tri 16n nhat, gia tri nho nhat cia ham s6 y = x —sinx trén doan

D{z;ﬁ_ﬁ]
6 3

A maxy= 3?” +1, n3in y= —g— ~1. B. Khéng c6 gia tri 1ém nhét, nho nhat.
D] J

C. max =2 1. min _x_l D. max -§£+£ min _zr__l
. uy_z ’“y 6 2. ' f)y 3 2,“}) -

A Y . 2 Tk
Cau 7. Tim hoanh dd cac giao diém cua dudmg thing y =2x—— véi do thi ham

Séy—x+1
x+4 ,
15
A, $= a2, B, i
4 4
C-X=2,X'—']'—\/_2_. : D. X:]iﬁ.

Céu 8. Tim cac gia trj cua tham s6 m dé d6 thi ham 6

y=2x"=3(2m+1)x* +6m(m+1)x+1 c6 hai dicm cyc tr cach déu truc tung.

A. Khéng 16n tai gia trj nao. B. m=-—,

C.m=2, D.m=2,m:-—%,
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= J.(x+m)lnde=lenxa’x.j x> +x+1Inxdx.
B (J(x+m)lnxdx)':(x+\/x3+x+1)lnx.

i : IO TN N s e & .l
Cau 23. Tim nguyén ham F (x) trén khoang (_Z; Z] ctia ham s0 f (x) = ——

biét F[EJ gt
8

1 m
A. F(x)=5(tan2x—1). B. F(x)=2x—z.
& F(x)z%(tanZEx—l), D. F(x)=tan2x—1.

Cau 24. Biét v(r) = z:-sin[m +12’-) la van toc tai gidy thu ¢ tinh tir khi bt day

chuyén dong ctia mét vat, trong d6 ¢ tinh bang gidy, v(r) tinh bang m/s. Biét
7 ~3,14, hdy tinh quang duong di chuyén clia vat sau 3,5 gidy chinh xde

dén lcm. :
A. =382cm. B. =1257cm. C. =257cm. D. =823cm.
Cau 25. Dit I = ; 2 : va {=1++x-1. Khing dinh ndo trong cac khing
Tl+/x—
dinh sau la sai?
A x=12=2t+2. ) )
2
. 1 2
C, [:J-(fz—2f+2)(2f'-2);df. D= j(2f2—6f+8—int'
I ; 4

Ciu 26. Tinh [ = ]len(1+x2)dx.
0

In2-1
A- 2n . Bo ]_lnz. C.3__2[n2. D 9—31112.
2 1 0 4 -
A ’ . A S mﬂx
Cu 27. Tinh dién tich hinh phing gi6i han boi o4 duomg y=—37'
cos ¥

n
=0, =0,x=~—.
2 X 6

A e -1. B. eﬁ"'l- (CH eﬁ'i-]. D. 973:-1.

:{-‘ ,
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.hiéu cao cua hi 3 N A
(,‘mt A -A‘tlnh non. Tinh dién tich xung quanh cua hinh tru biét rang
hinh nén ¢6 dién tich xung quanh bf’mg P .
; 3 24/3em’,
A, CImE ) B. 6 cm®, C. 4 cm® D.9cm’ .
g 43. Cho bon dié g S - i
Ciu 4»\ Od_f i A(LL1), B(1:3;5),C (1:1:4), D(2:3;2). Goi £,J lan luot
la trung diém cua AB,CD. Trong c4c khing dinh sau, khéng dinh nao dung?
A AB IEfGE B. GO
c. IJ L(4BC). D. Hai doan AB, C'D c6 chung trung diém.

Ciu 44. Trong khong gian v6i hé toa do Oxyz, cho mit phang (P):4x+y—2= 0.

Vecto nao trong ¢ac vecto sau vudng goc véi mat phang (P)?

A. n(1:4:0). B. n(-8;-2:0).  C. n(4:0:1). D. n(41;-2).
ciu 45. Trong Kkhong gian voi he toa d0 Oxyz, cho mat phang
(P):4x+3y—-2z+1=0 va diém I(0;-2:1). Tinh ban kinh cua hinh céu
tam [ tiép xuc vai (P).
5 3 7
Ay 3 B —— C: : P
J29 J29 29

Ciu 46. Viét phuong trinh mat phang qua ba diém A(O;Z;I), B(3;0;1),C’(1;0:.0.) :

B. 2x+3y—4z-2=0.

A 2x+3y—42+2=0.
D. 2x+3y-4z-5=0.
7 . cho duong thang (d) di qua diém

C. 2x-3y—4z+1=0.
x+3y+2z-17=0. Tim toa do

Ciu 47. Trong khong gian v6i hé toa do Ox)
4(2:3;5) va vudng goc voi mat phang (P)
giao diém cua (d) voi Oz.

A. (0:0;1). B. (0;0:-1). C. (4:0:0). D. (0;0;4).
Cu 48, Cho mat phang 0 va diém A(1;0;3). Viet phuong
(Q) song song v6i (P)

B. x+2y-
D. x+2ytz

(P):x+2y+3+1=
vi cich A mot khoang h= J6 .

trinh mat phang
A x+2y+z+2=0. ;-10=0 va x+2y-z+10=0.

@ x+2y+z—10=0-

~10=0 va x+2y+z+2=0.
e

yerg=

Ciu 49. Cho duong thang (d) <4c dinh boi { va hai mit phing
: =0
(P)3X+2y+22+3:0, (Q)._x+2y+2z+7
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g

Viét phuong trinh mat céu c6 tam thudc (d) va tiép xuc voi (P )=(Q)-

2

A. (x+3)2+(y+1)2+(z+3)2=g-, B. (x+3) +(y+1)2+(;—3)3=

- R SN -

C. (x=3) +(y+1f #(s43f =5, D (x-3) +(y=1) +(z+3)' =2,

50. Cho mat ciu (8):x’+y*+2° -2x+2y+l= 0 va diém M(O;-l;O),;
Viét phuong trinh mét phing (P) tiép xic voi () tai M. |

A 2x+y-z+1=0. B. x=0. |
C. —x+y+2z+1=0. D. x+y+1=0. }
A
DE 5
1. Cho ham sb y= f(x) véi tap xac dinh YT

D =[a;c] ¢6 db thi nhu hinh bén. Trong o |
cac khang dinh sau, khang dinh ndo dung? x=3a /\ X=(

g . b
A. Ham s6 dong bién trén (a;b); nghich / . \ l
bién trén (b;c).

———

B. Ham sb dong bién trén (;0); nghich bién trén (0;¢).

C.- Ham s6 ddng bién trén khoang (a;c).

D. Ham sb nghich bién trén khoang (a;c).

S e

2. Cho ham sb y=f(x) xac dinh, lién tuc trén hai khoang (.-oo;"])'E
(=1;+00) va c6 bang bién thién sau :

xjo 1w
Y ! =+ | :
+o0 ] E
]
y ] / "OO/
T

Putmg ndo trong cac duong sau dy c6 thé 13 b thi cia ham <5 g3 cho?




YA
Y4 4
2 3}
14 2>
2 - 2 3
3 2 0
-1

s

L'

1

’ /‘1(:;:
\
YA u
44
3
24 ' }
4 1

1 + +
_ 2 -l
/0 ——
7 2 3 «x At
G -1t ' D.

Cau 3. Trong cac khoang sau, ham sd y=In|2x-1| dong bién trén khoang nao?

A. (~o;+®).  B. [-—oo;—;-]. c. [l;m]. D. (0;1).

2
Cau 4. Trong cac duong cong cho sau ddy, duong nao la dd thi cua ham sb

y=X=24
2x+1

41 a}

3t 3t

2

[\
O
NX
=
o
_/°
L%}
w
x
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2
: x=-1/2[1] y=1/2
2 1 0N 2 3
| -1
_2]

&3 . D.
Cau 5. Tim gia tri cuc tiéu cua ham s y =sin2x.

A x=Z+1Z(1e2). B. x=—+kr(keZ).
4" 2 4 |

C. y=-1. D. y=1ly=-1,
Cau 6. Tim gi4 tri 1on nhat va gia tri nho nhét ctia ham s6 y = x+cosx trén doan :

4 : T N3 St 1 V2
A maxy=—+-—, =—+—. B. S e = —
s y_ 3 2 Y 6 2 Y 3 +2 mmy 4+ 7
T 1 T 3 . T \/é'
C. maxy=—+—yminy=—+— D, eyt o I8 BT
) 4 3 2 Y 6 2 ‘mﬁlxy 2,ml!jl‘l_y’-6+ 2
Céu 7. Tim hoanh d¢ cac giao diém cia duong thang y = 2x ——> v¢i dd thi ham
T i
4 x+2
3 f ‘
A x=——. B.x=2+—, - 11
4 C x 2,x--—4-. lexzz,x:l |
Ciu 8. Tim céc gid tri cia tham sO m dé db thi ham s& )= M
6 hai diém cuc tri cach déy truc tung, x+m
A m=0. B.Khéng co, _ ;
‘ C. m=]. D. m=-3.
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Ciu9. DO thi ham s6 y = 7 ©6 bao nhiéu duémg tiém cin (dime, ngang)?
A. 0. B. 1. 2, ;4

ciu 10. Ki hiéu M,m lan lugt 1a gia trj 16n nhét va gia tri nho nhét cua ham so

y=2sinx+sin2x trén doan [0;—3;} . Tinh tich M.m .

A 0. B. -3\/3. C. 4. D. 3\/3.
Cau 11. Tim céc gid tri cua tham s6 m sao cho ham s6 y = mx’ +(rr.r2 -—‘))x2 +10
¢6 ba diém cuec tri.
A. m<-=3. B. 0<m<3.
C.m<-3;0<m<3. . D m=1,

3

Ciu 12. Tinh tng c4c nghiém ctia phuong trinh 27 2.5~ =0,01.(10"")
A.3. B,S. C. 0. D. 242.
|

i

Ciu 13. Tinh dao ham cia ham s6 y = (-x+1)

1 g | B. } 1)
—_ — ] e 3.
A. 3( x+1)‘. 3( r+)
o . PR,
C.(1=x)3.In[l-x| D_' Py (=x+1) 2.

4

Cau 14. Tim tap xac dinh D ciahamsb y=(x"+x-2) .

A. D = (—o0;40). B. D=(-0;-2)U(l;+w).
C. D=(-2:1). D. R\{-2;1}.
Cau 15, Giaj bét phuong trinh A0 850 4 LE.
A x>0, B. x20. C. x>log, 2. D. x<3.

Cau 16. Cho ham sé f(x)= In(4x—x3). Khing dinh nao trong céc khang dinh
“sau day dung? '
A f'(2)=1. B.f'(2)=0. C. ['(5)=12. D.f'(-1)=-12.
Chu17. Cho log , 27=57+1. Haytinh log , Yo' +1 |
! 1

Bl > 36(b +1)’

A by, . B. -16-(b1+1)»
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56 ¥= =5x ol
B.y'=
D.y' —10x+ 2" cosx.In2 +2¢ Sin,
didu kién a,b,ab#1. Trong

Ciu 18. Tinh dao ham ctia ham 10x—2" cosx+2"siny

A. y'=10x- 2% cosx.In2+2"sinx.
C. y'=10x-2° cosxln2 2*sinXx. g
Ciau 19. Cho a,b,c 1a ba sb duong thoa m

khéng dinh sau, khing dinh nao ding? M

A. ]()g“hc=l_o_g“_c+_l(_)_g_”_£ B. logc.rh log c+10gb
lOg 8 ]Og’a1 log C.logh
- log ¢—log,c = —2t =t
- et D. 1084 €= Tiog, ¢~ log, ]
log, c.log, ¢

?+r

Céu 20. Xét phuong trinh 5°2 * ~ 40 (*). Trong cac khang dinh sau, khang dng

nao san’f‘

2+x

A No52r =520

3 1 x-1 ‘ r 2+
£ (*)@5"_(4tJ , D. (*)¢:>x1n5_+ .

Ciu 21. Tim t4t ca céc gi4 tri cla tham sé m dé bit phuong trinh sau dugc nghién

ding véi moi x: 9 -m.3* —m+3>0.
AKhongtontalm B. m»2, C.m<2, D. m<3.
Céu 22. Véi e la co so cia 1ogarit ty nhién, trong cdc khang dinh sau, khéng dit

B. (*) o x=1.

' nao sai? |
A. dex= B Idx:X+C'
1 X

C. Ixfdx=—x"4C. ; T - |

e+1 D. Je dx—;—I+C.

Ciau 23. Tim ham s F(x) biét F'( ) sin2x va F( J i
. 5 _

A. F(x)=2x-r+1. B. F(x)=-t cosaps L
- 2 2

D. F(x)= —~COS2x .

8 SUng taj thy; diém /= 0 véi nhlmg‘
co Van tOc u([) 3[ (m/S) vién dﬂnh

C. F(x)=lcos2x+§—

Cau 24. Hai vién dan cing ryi khe; non
tdc khac nhau: vién dan thy nhit
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" Cau 25

Cau 30.

Cau 31



o dx
Cciu25.Dat = [
. Ie'_

A di=edx. B. I=In(e" +e+1)-2.

et-

1 1 31

C.I= j(—-——*—]cﬂ. D. ]:_(-l—-—————l ]dl.
el t l+1 I { f+1

[ 2 T

Ciu 26. Tinh I = [ cos/xdx .
0

5

A -2, B.7+2. C.2-nx. D. 2-rx.
Ciu 27. Tinh dién tich hinh phing gioi han bol cac duc‘mg y=2+sinx,

y—1+cos x,x=0,x=m.

AZ_2. B.Z+2. Cc az-1. . D.l+z.
2 2

Cau 28. Tmh thé tich khoi tron xoay sinh ra khi quay quanh truc Ox hinh phéng
gio han bai hai d6 thi y=x" >_4x+6vay =—x?-2x+6.

A 7. B. 27 . C 3r. D. 7-1.
Ciu 29. Ki hiéu R latép 6 thue, C latap s6 phirc. Tim khang dinh sai.
A . RcC. B z=25-+/3i khong phai la s6 thuc.
C. z =-11 khong phai la s6 phuc. . z=zVzeC.
, . R ¥
Cau 30. Cho hai sb phirc z, =3-%4,2, = 4+3i. Tinh 32' :
2 3 5
£ C. —. D. —.
A. 2.' B. —. 5 5

3
Cau 31. Tim tap hop céc diem biéu dién s phc z thoa man didu kién z° c6 diém
biéu dién nam trén truc hoanh.
A. Truc tung.
C. Truc hoanh.

Cau 32. C6 bao nhiéu cap s0 thu
(x2 ‘3x)+(5y2 +y+1),'=(y+l)+(y3 +2y+6)i?

B. Duong phén giac gbc pha"in tu (), (I1).
D. Truc tung va truc hoanh.

(x:y) thoa man diéu kién

Cay 33 K1 hiéu i 1a dom vi 40. | Trong chc khang dmh sau, khang dmh néo sai?
A "’m& -1 .2017 ;ﬂ . C. ’7(}01 =-—i. D.i" 2018 =-1.
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| « i 15 bidu dién céc s phy
Cau 34. Tim tap hop céc diém trén mat phing toa do b1 SO phie ,
thoa man diéu kién ‘z(i+l)~1ﬂf‘ = \/E

A. Puong thiang x+y-2=0. B. Duong tron (x-l) +y =1

C. Duong tron X +( V—l)3 ] . D. Cap duong thémg song song y =1

Cilu 35, Cho hith 1§p phuong ABCD.A'B'C' D' Dubng cheo A'C cua hinh s,

phuong cit mat phing (4B'D') tai diém E. Tinh thé tich hinh lép phuong |

biét r%mg doan A'E co6 df dai J3em. | 3
A. 27cm’. B. 3\/5 o, e 6\6 Cm?i. ' D. 15¢m’.

Cau 36. Cho mt hinh thoi v6i gée nhon bing 45°. Mot khoi lang tru c6 the ticy
1000 em’, day 1a hinh thoi da cho, canh bén gap doi canh day va tao véi mj
phing day mot gée 45°. Tinh canh bén khoi lang tru.

A. 10cm. B. 20cm. C. 80cm. D. 40cm.

Ciu 37. Cho khéi lang tru tam gide déu ABC.A'B'C' ¢6 thé tich bang 27cmr3.
Duong thiang di qua trong tdm cua tam gide ABC song song vor BC cit
AB,AC lanluot tai D, E . Tinh thé tich khoi tr dién AA4' DE .

A. 4cm’, B. 23cm’, - C. ldem’. D. 13cm’.

Ciu 38. Cho hinh chép S.ABCD c6 day 1a hinh chit nhat véi hai kich thute
AB=a,AD =2a, canh bén S4 vudng goc véi day. Mat phang (SBC) phi
. x s ) . . : - - 3
tao voi ddy mot géc bao nhiéu do dé khéi chép da cho 6 thé tich 222
| . 3
O AL30° B. 60°. C. 45°
C#u 39. Cho khoi ling try tam gidc déu ABC.A' B¢
chitu cao gap doi canh ddy.
duong tron ndi ticp hai tam g
trong khoi lang tru da cho.
A. 9cm’, B. V3emd, C.3cm’
Cau 40. D& do bé tong Xay mdt cdy ot ciu hinh try
can bao nhi€u khoi bé tong ? ( : '
AL3.927m. B. 15,7m? C
7 2 oy ; ' ' -758511]3, 3
Ciu 41. Tinh thé tich khoi nén ngoaj tiép lch(‘)i-ch(')p {5 i 48 D. 5235m ,. y
day bang 6 cm va SAC 13 tam gidc déy e deul AL 8 C_'

3
A. mem'. B.27rcem’,

LS
u AB( ¢6 thé tich 3+/3 cm’ vacd
Xe€t khoi tru véi ha dudng tron day la ha
1ac ABC, A'B'C". Tinh thé tich khéi try né

D. rem'.
1 dudng kinh 1m va cao 3"

cho bict 7 ~ 3,14

C. 3 -
37zem’, 'D.4zcm’.

156




am cua day cach duong

cm va thi€t dién qua truc hinh nén 14 mé
2

cau 42. Tinh dién tich xung quanh ctia mét hinh nén c6 ¢
ttam giac déu.
D. 7cm®,

sinh mot khoang /3
A. 4 mem’, B. 87 cm?. C. 671 cm?,
Ciu 43. Cho ba diém A(2;1;1),B(l;—];O),C(l;O;Z). Tinh d¢ dai dudng chéo cia
hinh hop nhan O4, OB, OC lam ba canh.
A VS B. 3. C.5. D.\2.
Cau 44. Trong khong gian véi hé¢ toa dd Oxyz, cho duomg thang
Vecto nao trong cac vecto sau ddy co gia song

k=2 g+l 2]
d: - = .
song void ?
C.u(2-11). - D.a(-231).

A u(-2;5-1). B, u(6;-4;2).
Cau 45. Trong khong gian véi hé toa d@d Oxyz, cho mat phéng ( P) :3x-4z-1=0.

Mat cau ndo trong cac mat cu sau day tiép xtc voi (P)?
- 2 3 2
B. (x—3) +(y—l) +z =],

A. (x—1)2+(y—3)2+z2=-1.
£, o +(y-3)2'+(z—-1)2 =1, I &° +(y—1)3 +(z-3)Z =1].

Ciu 46. Viét phuong trinh mat phang qua diém M (0;0,—1) va song song véi hai
x=1+3t

e i N P

dudng théng‘ d, 2o
1 -2 3
: : : z=—=14+5¢
A. -S5x+2y+3z+3=0. B. 5x-2y-32z-21=0.
C. 5x-2y-3z+21=0. D.10x-4y-62+21=0,
. » ) ‘ 2 x+l y» z+2 ..
Ciu 47, Tim toa do giao diém cua dudng thang d:-—1—=_—1= 3 vol mat
phing (P):x+2y-z-3=0.
A NS E A I
22 2 22 2

A. (—3;1;—7). B. [—5‘,5,5
Ciu 48, viét phuong trinh cdc mat phang chita hai diém A(1;0;0), B(0:-2:3) va
céch diém M (1;1;1) mot khoang bang 7_3—
A.x+_y+z-—1 =0 va -—23x+37y+l7z+23= 0.

B. x+y+22_-]=0 va ‘2x+3y+72+23=0.
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‘C‘ X+2y+z-1=0 va -2x+3y+6z+13=0.

; B 2x+3y+z-1=0 va 3x+y+7z+6=0.
]
.Cﬁu 49. Tinh d dai doan vudng goc chung cua hai dudng thang d: y

=1 Vﬁdl
z=72t

xc dinh boi { Y "7 =0
x=5

A. 5. B. V45 . C. 4. D. 2.

A : o JEmy=l
Ciu 50. Cho dudng thing d xic dinh bdi { _I_J; ' 0 va mat phap,
y -_

(P) x+y+2z-1=0. Trong cic khang dinh sau, khiang dinh nao ding?

A. d nam trong (P). B. d song song vdi (P).

C. d vudng géc véi (P). D. d tao mét géc 45° véi (P).
A
DE 6
- Cau 1. Cho ham s6 y= f(x) véi tap xac dinh yf
D =[a;c]c6 db thi nhu hinh bén. Trong céc

>
1]
~

khang dinh sau, khéng dinh nio sai ? i el B V\
A. Ham s6 dong bién trén khoang(a;b); / 0 b\
nghich bién trén khoang (;c).

-~

B. Ham s6 nhan ca gia tri duong 13n gia trj am.

C. Ham s6 ¢6 diém cyc dai.

D. Ham s c6 gia trj 1én nhét va gi4 tri bé nhét,
Céu 2. Cho ham s6 y = f(x) xdc dinh, lién tuc trén R v c6 bang bién thién sav:

X | —oo -1 2 400
y' + 0 - 0 +
19
6\ e
) / \ 4 /
— 3
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Cau 4. Trong cac dtré’ng con

puong nao trong cac dudng sau day ca thé 1a dd thi ctia ham s da cho?

/Y
).Uk At~
2 41
! 2
N P 1"

2 -i 01~ 2 X
s y 1
A. | B.
YA u
4l

YA
4
3r. 5
21 2
1/ "\
Aol

O
(8]
w
3 )

‘ ; > | *[2 -1
7 no2 3 X I
C. -1t ' D.

Ciu 3. Trong cac khoang sau day, hay chon mot khoang ma ham sé6 y=Inx’"
ddng bién trén do. -
A. (~o0;+0).  B. (~:0). C. (0;+0). ‘D. (-1;1). |
g cho sau ddy, dudng nao la @6 thi cua ham so

4
X 2
=—-2x"+27?
Y 4

—

-3 -2 -1
1
2




|
|
:
a
|
:

T ARSI R L 184 SR el el h b obo S REREEEETT B

yJL u 3+
4l

‘ 3 o P 108
O 1 5 % o

Cau 5. Tim cac diém cuc tiéu cia ham s6 y =sin2x —x.

A.x=i2TH+k2;'r,keZ. B,x:i%+k:r_,keZ.
C.x:-%+kn,kez. D’.x:%+k2n,kez.
~ \ o Lo Ko oo . fi x2+1 . 3 |
Cau 6. Tim gié tri Ién nhét, nho nhat cua ham s6 y = : tréntap D= ~2—;3.
x—
A. maxy—Emmy 5. B. max 13 e )
D 2 - ' ny_Q’mrﬁny_ ‘
C. max y=5miny=2+22. D. max y = 2+ 2+/2. mi b
N D ) b M= ,mlfl}y—

Ciu 7. Biét rang do thi him s& y=(x+1) va ¢ thi ham 9

y=-x > 42x% +2x+2 cit nhau tai mot diém duy nhat, Tinh tung d0 Y o
glao diém do.

27 27

A, — B. —. 27
4 | g e D, 5 et

T
Ciu 8. Tim cdc gid tri cua tham s m dé 3 thi ham sé y=x+3x"4+m 0 b

diém cuc tri 4, B sao cho gdc toa do O cing véi A vi B 14 ba dinh cia ™
tam giac vuong tai 0.

A. Khong co gia tri ndo cua m. B.m=—-4

C.m=0,m=_4- D.m:l,m=4.
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x+1

9. D6 thi ham sb y=

i (m2+l)m ¢0 bao nhigy dudng tiém cén
(ding, ngang)?
A. 0. B. 1. 3 - D.4.

cin 10. Ki hiéu M,m lan luot 1a gid tri 1én nhéat va gi4 tri nho nhit cua ham sé

y= cos* x +sin’ x—2 . Tinh tich Mm.
5 5 1
R = B, ——. . e
4 4 A
Cau 11. Tim céc gia tri cua lham s6 m sao cho dd thi ham sé y=x"=3mx’ +4m’
¢6 hai diém cuc tri d6i xtng nhau qua dudmg thiang y = x .

D..0,

A.m:O. B_m:.@_._ C.m:iﬁ_. D.m=1,
By o

Cau 12. Tinh tong céc ngh1em cua phu'crng trinh 0,6" 5 =l 325 °

A.05. B. -0,5. C. 0.25. D. 0.75.
Ciu 13. Tmh dao ham cua ham s y= (2 _1]

x+1
_ J2-1 ; v2-1
= -3v2 [ 2x-1
val=)" e
x+1 . (x+1) x+1
V-1 V2
o W2 [2);—1) 5 |8 |
()c+])2 x+1 . (x+1)

C3 g z x-2 a
Au 14. Tim tap xac dinh D cua ham s6 y = e

A D=R\{-1}. B.D=R\{2 }. C.D=R\{%-1}.D. D=R.
Ciu 15. Gigi bét phirong trinh 22 +2777 +277 2448,

A.xE?- B. x>4,5. s 1€, X2, D. x<5.

2 ‘ ' ;

Ciu 16, Xét ham s f(x)sln«/xz _x—12. Trong cac khang dinh sau, khang

dlnh nao sai? . 5 ' ( ) 5

o 13 ! =— D. 'f' —2)=—.
A, f( el B YE=e G (5)=16 2

36

161

N
ooy,
KTTHETQG NAM 2016.2017 MON TOAN-A




a‘3b

Ciu 17. Cho log, b =3,log, ¢ =-2. H3¥ tinh 108, — 5

&L B. -1. e 11 D. 1,25,
. , 2 +X ‘
Cau 18. Tinh dao ham cua ham s6 y = 5

. 2x+1—(2x2+2x)1n3 i '_2x+1—»(x"+x)ln3

A y'= 7 . R R
2x+1—(x2'+.x)ln3 | 2x+1~2(x2+x)1n3
C' y': 2 4 D y Sl 3.‘(2 A

3_\'

Ciu 19. Cudmng do moét tran dong dit M duoc cho bai cong thirc M =1g A-lg4,
voi A la bién do rung chén tdi da va A, 12 mot bien do chuan (hang s0)
Dau thé ki XX, mot tran dong dét & San Francisco €0 cuong do 83 d
Richter. Trong cing nam do, mdt tran dong d4t khac & Nam Dai Tay Duon
c6 cudmg d8 7.3 do Richter. Hoi trén dong dit & San Francisco c6 biénd
gép bao nhiéu lan bién d cua tran dong ¢4t & Nam Dai Tay Duong?

A5 B. 10. C.13,1. D.11,2.
Cau 20. Xét phuong trinh 1n2(—x)—31n(x3)+9:0 (*). Trong c4c Khing din

sau, khang dinh nao dung?

2

A () In(-x) -3In(-x)+9=0. B.(*)=In’ x—31n(x3)+9=0-

C.(¥) e In’ (-x)—6ln(—x)+9=0_ D. (*) & In’ x—6lnx+9=0-
Ciu 21. Tim tht ca céc gia tri cua tham s5 m d& phuong trinh log (mx) = 21o0g(x*!

cO nghiém.

A m>4. B. m24. € =t D m<0'm24'
Ciu 22. Trong céc khing dinh sau, khing dinh nao saj?

!
A. [~dr=lnld+C. B. [cosxdx =sinx+C.

C: Icostdx=sin2x+C_‘, D. _[

dx = &
cogt 5 2 tanx+C

162

N
11, HOOTKTTHPTQG NAM 20162017 W

-/




- = A RIBMES MWINIVEE E ORI 7 TR - Al L s

ciu 23. Cho ham s f(x) thoa man cac diéu kién f'(x)=2+cos2x va

(r , ; ;
i [—*] =27 . Trong céc khing dinh sau, khang dinh nao sai?

2
A f(0)=7. B. f(x)=2x-sin2x+7.
C. f(_‘g‘}zo- D. f(x)=2x+%sin2x+7c.

Cau 24. Mt bé nudc bi 10, luong nuée thét thot véi toc do tinh bang cm’/phut, tai
phiit thir 114 (1) = (¢ +1)". Tinh luong nudc thit thodt sau 2 gio dau.
A. 590,520 lit. B. 890,121 lit.
C. 1590,520 lit. D. 11590,520 lit.

NE)
Coa 3 e _ .
Ciu 25. Ddt /= I f va t=+x>—1. Trong c4c khang dinh sau, khang
5 oxvx -1

NE)
dinh nao sai?

V2 |

A. xdx =1d . B. x* =1 +1. C.I= I de D. I= J ,df ,
3+l P+l
N v

' 2In(1+:
Ciu 26. Tinh tich phén 1=jn( :rr)dx
I

A 3In2-3In3.B. 2In2-3Iny3. C.4ln2-3In3. D.3In2.
Cau 27. Tinh dién tich hinh phang gioi han boi cac duomg y=0, y=3, y=x,

X

y=2x.
Al B. . c. L D. &
B 3 4 3 |
Cau 28. Tinh thé tich khéi tron xoay sinh ra khi quay quanh truc Ox hinh phing

| . ' ‘ x.‘ )
: giGi han boi cac duong y = —3—,y =X .
| . g ¢ ¥r D. 2%
' 35 35 35 3

Cau 29, K hiéu M la diém biéu dién sb phic z, M' 1a diém biéu dién sb phurc Z.
Trong cac khang dinh sau, khang dinh nao dung?:
A. M _M" dbi xtimg nhau qua truc tung,

B. MM déi ximg nhau qua truc hoanh.
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C. M,M'déi ximg nhau qua duong th%ng y==x
D. M,M"déi xtmg nhau qua duong thang ¥ =—%- S
Ciu 30. Cho hai s phitc 7 =3 ~2i,2, =1++3i. Tinh 50 phic lién hop o,
v=2 ‘_-7_:: "Z_lzg : -
A 10i. B. 1-10i.
Cau 31. Khi sé phuc z thay déi tuy ¥,

v=2z’ - (_z_) la dudng nao trong mét phang phiic?

C. -10i. ’ D 10;
tap hop cac diém biéu dién sh phi

A. Truc tung.
B. Dudng phan giac goe phan tu (1), (III).
C. Truc hoanh. - S ‘
D. Dudmg phén giac goc phan tu (1), (111) va duong phén gidc goc phany
(IT), (IV).
CAu 32. Ki hiéu z,z,z,z, 1 bén nghiém phic cua phuong tin)

5 . 2 4 4 4
z* +72° +12=0. Tinh téng T=.=:f+z2 #Zy 2

A.T=10. B =3, O T=40. D. T=100.
Cau 33. Ki hi¢u 7 1a don vi d0. Trong cac khéng dinh sau, khrfmg dinh nao ding’

A. (1+7)° =32i. B. (1+i) =-32.

c. (1+i)"=32. D. (1+1)° =-32i.

Ciu 34. Tim tdp hop cac diém trén mat phing toa do bidu didn cac s6 phit :
théa mén didu kién 2|z —1-2i]=[3i +1-24]. '
A. Dudng thang 2x+14y-5=0. B. Duong thang 6x+1=0.
C. Duong thang 3x+4y+5=0. D. Duong t-hfmg 3x—4y-5=0.
Cau 35. 'Cho P‘linh léngﬂtru I?B(:‘-A'I?“(,H co day ABC 1A tam gide vubng can tai
Goi G la trong tam cua tam g{éc ABC. Tinh dé daj canh AB néu biét hinh
_ ]é'ng tru da cgm co Ch}léu cao gap ddi canh day AC va khéi 1 dién GA'B'C
co thé tich bang 9cm”. :
A.3cm. B. 32 cm, C. lem .I
Cau 36. Cho khdi hop ABCD.A'B'C'D' ¢4 g4
chicu cao kh6i hdp bang canh day. Goi s
cac canh AB,B'C',C'D'. Tinh thé tich
khéi tir dién C' MNP ¢6 thé tich Sem?.
~A. 120cm’. B.20cm’. C. 30em?

‘D. 9\_/5 cm.

y 1 hinh thoi véi goc nhon 6
»N.P 1an luot 13 trung diém ,Cua
V cla khéj hop da cho biét rang

D. 40(:1'113.
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ciu 37. Tinh canh cla hinh 18p phuong ABCD.4'B'C'D' biét ring khéi chép
D.ABC'D' ¢ the tich bing 9cm?,

A. {[3_60111., B. 3cm. - C. 6cm. D. 9cm.

Ciu 38. Cho khoi lang tru ding 4ABC.A'B'C' ¢6 day la tam giac vubng véi d6
dai ba canh la 3cm, 4em, Sem. Goi 4y, B,,C, 1an lugt 12 trung diém ba canh
bén. AA,BB.CC' va V.V, .V, theo thir tw 13 thé tich cac khéi chop
4-BB'C'C,B,.CC'4'4,C,.A4'B'B. Trong cac khing dinh sau, khing
dinh nao diang?

AV,=V,=V.. B.V,<V,<V,. C.V,<V.<V,. D.V,<V.<V,.

Ciu 39. Tinh dién tich toan phan ciia mot khéi tru c6 dién tich xung quanh bang
47 cm® va thiét dién qua truc 13 mét hinh vudng.

A. 47 cm>. B. 67 cm?. C. 97 cm>. D. 127 cm?.

Cdu 40. M6t khoi g6 hinh try c6 chiéu cao bing dudng kinh day va c6 thé tich 1m?’.
Nguoi ta khoét khoi g6 béi hai nira hinh cdu ma dudng tron day cua khoi gb
la duong tron 1én ctia mbi mira hinh cau thi phan con lai cd thé tich bao

nhiéu?
A. lm3. B. lm3. L. -1—m3. D. -1—m3.
4 5 3

Cau 41. Cho hinh chép tir giac déu S.4BCD c6 canh ddy bing V6 cm va SAC 14
tam gidc déu. Tinh thé tich khéi nén dinh S va day 14 dudng tron noi tiép

day ABCD cuia hinh chép.
B gg—cml. B.27cm’. C.3zxzcm®>. D, 4rem?,

Céu 42. Cho hinh chop ti gidc déu S.4BCD c6 cac mit bén nghiéng véi ddy mot
géc 60°. Tinh canh ddy cita hinh chdp, biét ring mat nén dinh S va day 1a
dudng tron ndi tiép ABCD c6 dién tich xung quanh bang 507 cm?.

A. 5cm. B. 8cm. C. 10cm. D. 15cm.
C4u 43. Tinh thé tich khéi hop ABCD.4'B'C'D’ ndu biét 4(L;1;0), 4'(1;1;3),
B'(%1;3),C(2;2;0). | |
A.3, B. 5. C.4. D. 2.
‘ x=3
Ciu 44, Trong khong gian vé6i hé toa d§ Oxyz, cho duong thing d: y=6
| zZ=4+¢
Trong cac vecto sau, vecto nao c6 gia song song véi dudng thé_l}g d?
A u(0,0,-3).  B. #(36:4). C.u(-3;-6,-4). D. u(0,61).
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it phang (P):3x -4z
Ciu 45. Trong khong gian véi hé toa do Oxyz, cho MEP ( 0,

n " 4 ?
Mat cau nio trong cic mit cau sau ddy cat (P) ’ e p s
2 1V ezl =1
A. (x—1)2+(y_3)2+23=1_ B. (x-—3) +(_]; ) 2
C. x2+(y—3)2+(z—1)2..-_1, L x2+(y-—1) +(z-—3) =1.

5 i iém A(1;2;3) va vy
Cau 46. Viét phuong trinh ctia dudng thang d di qua diém ( _ ) Vudng
goc v6i mat phang (P):4x+3y—-7z+1=0.

x=1+2t X=-3+¢ x=1+4rl S x—l_y—2‘zﬁ3
A q¥y=2+3t. B.{y=-1+3t. C.<{y=2+3t. D. 4 3 --_3-.
z=3+4¢ z=10-Tt _ |z=3+T¢

Cau 47. Tim mot vecto chi phuong cua giao _tuyén hai mat phang
(P):3x42y—2z-1=0 va (Q):x+4y-3z+2=0. -
A. (2-4-5).  B.(0,45). C.(-L-45).  D.(1,-4-5).
Cau 48. Viét phuong trinh chinh tic cua dudng th‘éng giao tuyén cua hai mjl |
phang (P):2x+y-z-3=0 vi (P):x+y+z-1=0
A.£=y—2=2+1.

p2dl y-2 =z-1

2 =3 . 1 -2 -3 1
C.Jc—1=y+2=£f_l. D__JE:y+2=z—1'
IE 1 T
x=-1 ¥=1
- C4u 49. Tinh khoang céch gitra hai dudng thing d:{y=_1 4. y=1.
_ l | 2=t z=1t'
-l il - C\2 D.2V2.
Cau 50. Cho mt phing (P):x-—y—z—]:—.() VﬁdU(')‘ngthéngd‘xq‘lﬁy—l:I—z-:‘z".
; : 2 1 3
Viét ph trinh due 5 —
1€t p uo*ng. rinh dudng thing (A) qua A(l;l;—z), Vudng géc véi d ¥
song song véi (P). -
X y+1 z-=2
A. :*—="-—-'—‘- ’ B _'E_:E__.y z+1]
6 3 9 T
c *1_y-1 z42 2 75
2 - 5 - -3 D ‘J'c“:-l—:-‘].}_il_._z
2 5 “3‘

166 _



L T ——— T T Y

R
DE 7

cju 1. Cho ham s0 y=f(x) véi thp xdc dinh
p=|a c] co d6 thi nhu hinh bén.

Trong c4c khang dinh sau, khang dinhndo dung? ,_.| ¥~ V»\ )

A. Ham so da cho 1a ham s6 chan. / = b\

B. Ham s6 ddng bién trén (a,O) va (b;c) :
nghich bién trén (0;5).
f(xl)—f(xz)‘

X =X

1]
n

><+

C.Néu a<x <x,<b thi <0.

D. Ham s6 nghich bién trén khoang (0;c¢).

A 1
Ciu 2. Cho ham sO0 y= f(x) xac dinh, lién tuc trén cac khoang (—oo; —5);

1 o . .
(——2-;-}-00) va c6 bang bién thién sau :

1
+o0 —

F 2
1

Pudng nio trong cac dudng sau day co6 the 1a do thi ctia ham s0 da cho?
y

A
41 Ya
34 41
2] 3
x=-1/2{1 y=1/2 &
FEEREY 7 X ]
| 4// 51 P 1 2 x
A, 2 B O\
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Cau 3. Trong cac khoang sau day, ham s6 y =Inx* ddng bién trén khoang nio? |
A. (—oo;+00).

B. (—00;0).

C'. (0;+0).

D. (—1;1).

Cau 4. Trong cac dudng cong cho sau diy, duong nao la db thi cua ham ¢
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y=—Xx —-lx2—2x+-2 ?

)’1}
4
3 :
24
1 :
0 1 1 x

\

S

B.
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ciu Tim cac gid tr1 cuc dai cua ham sd Y =C0Sx+5sinx

X 4+kﬂ'(keZ).
- . %
C. _ﬁ- | D. x="rk2n(ke).
a 14 116 1"‘ . \ £ _ x—1 i : 3
ciu 6. Tim gia tr1 on nhat cua ham s6 y = — trén doan D =|2:3
‘ X +1 o o ¥
Amaxy:ﬁmm :-—”1 B - :
; 2 T Tges TR TS
—1+4/2 2 1442
C. max y = N == W b i
ax y Iy D max y - ,miny=-_.
Ciu 7. Biét rang duong thang y=2x-1 cat do thi ham 6 y=—7p tai mot
. I3 2 x
diém duy nhat. Tinh tung d¢ giao diém.
A 10. B. -2. CAfE. D.1—41.

Ciu 8. Tim tham sé m dé db thi ham sé y =x"—2mx’ +2m+m" c6 ba diém cuc

tri 12 ba dinh ctia mot tam giac déu.

C.m:3/—3—. D. mziiﬁ.

A m=-1. B. m=2.
Ciu 9. Pd thi ham sb . y= mjx[-kl c6 bao nhiéu dudng tiém can
: (mz + 1)\/.1?—1
| (dimg, ngang)? |
| c.1. D. 0.

A3 B. 2: .

Ciu 10. Ki hi¢u M,m lan lugt 13
[l;e]. Tinh hieu M —m.

2 \/('j . é. D. [e——l.

Aot B - .

2 4 .
CAu 11, Tim céc gi4 tri cua tham 56 m sao cho ham sO
I ddng bién trén khoang (2;+0).

y=_;:mx3_(m_1)x2+3(m+2)x+'§
C. m=0. D. m20,

A m<0. B.m>0.
L]
inh \2734".0,125* ~ 432 .

C4u 12, Tinp téng cac nghiém cua phuong tr
A28 ' B.56. C.4.23. B =

gia tri 16n nhat va gia tri nho nhat cla ham s6

y=x?Inx trén doan
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Ciu 13. Tinh dgo ham ctia ham sé y = (2x+1)* (3% ~1)3.
. _ F =2 1 :
A. %(2)(“)_32_ (3x_1)3'2_ B. %—(2x+1)3 (3x—1)+§(2x+1)(3x_1)*_§l

C. 12);”(6.\-2“-1)?. D. %(6x2+x—1)?.

, Ve
~ A x“—l
Cau 14. Tim tap xac dinh D cta ham sb y=[ x+2) '

A. D=(—2;—1)u(1;+oo). B. D =(-w;-2)u(~11).
C. D=(1;+w). D. D=(—e<;-2).
Cau 15. Giai bt phuong trinh (2,5)™' -(0,4)" +1,5<0.
A x>1. B: x52. C. x<-1. D. x<-2

Cau 16. Xét ham sb f(x)=ln(2x—l)+ln(1—x). Trong céc khing dinh s
khang dinh nao dung?

A. f'[i—]=0. B. /'(0)=3. C. f’(2)=_§ D. f'(-1)=

Cau 17. Cho log, b=3,log, c=-2. Hay tinh log, (a3b2 Je ) ,
A. 5. B. 8. C. -8. D. 4.

o |~

Cau 18. Tinh dao ham ctia ham s6 y = (x? —x+1).4".
A. y'=(2x-1).4"1n4 .
B. y'=(2X"']).4‘+(x2—-x+1).4.r ‘

C. y'=(2x-1)4" +(x2 —x+1).4"_ln4,

’ ‘ nao dung? _ - )

—— 4 2
A. balog,,a _ 2a]°g”h+lbl°g" a+l i ab‘“ga"’ﬂ

2
+1
log a *2010g5h+|blng”a+l+abm+l

B. ba
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2. 3 )
C. balogw __2alog.,,.h+lblog,.l a+l +ab'°ﬂ.-h 1 _ ab(l_l |
a b
2 3 5
D balOLb l _2a|0g¢.b+lblogha+l +ab'|6g':h+l _ (a_b)
| ‘ ab
ciu 20. Xét bat phuong trinh loghji 5< log%ﬂ 2 (*). Trong céc khang dinh sau,
khing dinh nao dung? ' )
: 1 2x-1 2x 1
A. Y — > . C(* X X
“ log,,,5 log,,,2 B. (*) < log, . <log; -
O '
2x -1 o1
Ty X :
5«2 _
34 (*)<:> ;2x—1 ) D. (*)<:>O<2x 1<1_
<1 X
T X
1 5>2

Chu 21. Tim At ca c4c gié tri ctia tham s6 m dé phuong trinh log(mx) = 2log (x+1)

¢6 hai nghiém phén biét.
D. m<Oym=24.

A m>4. B.m>4, C.m=-
Ciu 22. Trong céc khang dinh sau, khang dinh nao sa:‘?
A. I——dx ln!2x|+C . B. j e‘dx=e¢"+C.
. - 4
C. |sinxdx=-cosx+C. =
In4

Ciu 23. Tim ham sb f(x), biét ring db thi ham sé y=f (x) ct truc tung tai

didm c6 tung d bang € va ¢o f'(x)=3% +2x+1,Vx.
A. .f(x)zc052x+e—1. B. f(x)=x"+x"+x+e.
C. f(x)=x’+x"+x+1. D. f(x)=x'+x"+e.

Ciu 24. Mgt xe ltra chuyén dong chdm diin déu va dimg lai han sau 20s ké tir luc
bét diu ham phanh Trong thoi gian do xe chay duoc 120m. Cho biét cOng

thitc tinh van tc cua chuyén dong bién dbi déu la v=v,+at; trong d6

a(m/s?) la gia tdc, v (m/s) 1a va

clia xe Itra ltc bt diu ham phanh.
A 12m/s. B. 6m/s. C. 30m/s. ~ D.45m/s.

n tbc tai thoi diém 1 (s). Hay tinh véan tdc v,
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g cac khang dinh sau, khéng iy

on
dx vér-f\/ljr’x/ L

Ciu 25.Dat 1= |
1

xyl+x
nao sai? . xldx_—:%rdt.
A x' =1 -1 1 |
| - ' [.-_14;[ ——1—-'-——-——' {
c.1=] -y D. 23 -1 1+]
3(1-1)
' 1
Ciu 26. Tinh tich phan [ = [(x-1)¢"dx.
0 .
C. f=2—'(32. D. [=_2—e_

1
A. 1=10,223. B. [=e+-2—.

Cau 27. Tinh dién tich hinh phéng gi6i han boi cac duong X = \/;,X +y—2=0,y=0,
5 6 5 7
A, =, B. —. e = D. ~.
6 5 7 . 2

Ciu 28. Tinh thé tich khéi tron xoay tao thanh khi quay quanh truc Ox hinh phéng

. 2161 han bdi cac dudng x:E,xzzr,y:(),y=\H+c054-x+51n4x.

7 7 ;
A—S—JT _ B. 'é—?!'". C. ;;—frj. D. E
Cau 29. Trong céac khang dinh sau. khang dinh nao sai?
A. S6 phuc z=7m1-5In2 co phén thye laz .
B. C6 v6 s6 s6 phirc bang sO phire lién hop cta né,

C. S phuc z = W2-i o phan thue 14 3/2 |

2

wo.

D. Néu s6 phirc z cling 14 sb th |
- ) uc thi gia trj tuyét doi cha z cling la modut |
Cﬁ 30. 1 5 § B . 7
Rl hal sophtier g =157, =800 phin 40 ciia s6 phitc v =" |
cua so phirc v=—"
N 18 d b
13 : - —, 13
Cau 31. Khi sb phuc z thay déi ty . @ h13 D. ﬁ
= . p Q ‘ P
v=z +[ ) 12 dudng nao rong myt ph P cac dlem biéu dién s0 phi® |
A. Tryc tung, Phang phyyeo |

B. Dudng phan gléc goe phén tiy (I) (117
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C. Truc hoanh.
D. Duomg phén gide géc phan tu (I), (II) va dudng phan glac goc phan tu

(10, (V).
ciu 32. Ki hiéu i 12 don vi do. Tim 14t ci cac cip sé phic v,z thoa man hé
‘ iv—3z=i+]
phuong trinh {21. s
A v=3-4i,z=2+5i. B. v=—-§+%i,z=—§;ﬁi.
7 7 T 1
x:——:i—i '=——5—+—21f. D.v=-—1+-2:z-———§—i:
1 7 7" 55
Ciu 33. Ki hiéu 7 1a don vi 40. Trong cac khang dinh sau, khang dinh nao sai?
A i+ 4+ + =0, BN 4 Foaat™ =,
C.i+i*+i 4. 4™ =i, D 14i+i+i +..+1 =1,

Cau 34. Tim tap hop cac diém trén mat phang toa do biéu dién cac sb phic z thoa
man diéu kién: s6 phic v=(z—7)(2+1) 1a mdt s6 thuan éo.

A.Dudng tron x* +y° =2. B. Dudng thing x+2y-2=0.
C. Duong thang 2x —y+1=0. D. Dudng parabol 2x = y°.

Ciu 35. Cho hinh chép tir gidc déu S.ABCD c6 mét bén nghiéng voi day mot
goc 45°. Goi M.N.P lan luot 1 trung diém cac canh bén SA,SB,SD cua
hinh chép. Tinh canh day cua hinh chop da cho, biét khi t&r dién AMNP ¢é
thé tich bang 18cm’.

A. 12cm. B. 6cm. C. 8cm. D. 16cm.

Ciu 36. Goi A7, N ln luot la trung diém céc canh A'B' va B'C' clia khoi hop
ABCD.A'B'C'D'. Tinh thé tich cua khéi hop néu biét khédi tir dién
BD'MN ¢6 thé tich 8cm’. |
A. 48cm’, : B. 64cm’. C. 80cm’. D. 40cm?,

Chu 37, Tinh thé tich khéi hop ABCD.A'B'C' D' biét khoi chop A.BB'D'D c6
thé tich bang Sem’.

A. 15em?, B. 10cm’. C. 40cm’. D. 25cm’.

Cay 38. Goi M,N lan [uot 14 trung diém hai canh bén 44', BB' cua kh01 lang tru

am giac ABC.A'B'C'. Tinh thé tich cua khoi lang tru néu biét khéi da dién

16i ABCMN 6 thé tich bang, lem’, ﬁ
A 2em’, B. dem’. C. 6em’. D. 3em’,
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Cau 39. Tinh thé tich khéi try ngoai tiép khoi lang tru luc gidc déu cé cqyy,
bang a va dién tich xung quanh bing 124°.

A. 6ra’, B.7a’. C. 2ra’. D. 3za*,

Cau 40. Cho mot khéi tru ¢6 chidu cao bing dudng kinh ddy. Ké hai ban kiny, i

OA va O'B' khong song song vai nhau rdi cét khoi tr'u.bc’)i mat mit phéng qu;a
4, B" va song song véi truc cua khéi try, ta dugce thiét dién 6 dién tich b
mot nira dién tich thiét dién phéng qua truc. Tinh géc tao thanh b 04,0'p'
A. 60°. " B.45°. C. 90°. D.30°.

Cau 41, Cho mat khéi lap phuong va khoi tru voi hai ddy 1a hai duong tron ng
tiép hai mat cua khéi lap phuong. Tinh thé tich khdi lap phuong néu bij
khéi tru c6 dién tich xung quanh 1a 257 cm?.

A. 27cm’. B. 8cm’, C. 125cm’, D. 5V5 em’.
Cau 42. Trong mat phéng da cho tam gidc déu ABC tam O, Khi quay mat phing
quanh dudng thang AO thi tam giac ABC sinh ra mdt khdi non, dong than
duong tron ndi tiép va dudng tron ngoai ticp ABC sinh ra hai khéi ciu: mit
khoi cau tiép xtc véi mat day cta khoi nén, khéi cu kia chia dinh vi
duong tron ddy cua khéi non (hai khoéi cau nay ciing dugc goi l1a khoi ciu
noi tiép va khoi cau ngoai tiép khdi nén). Néu khédi cdu nho thé tich 1 em
thi khdi cau lon c6 thé tich bao nhiéy?
A. 8cm’. B. 27cm’. C. Sem®.
Ciu 43. Cho bén diém A(1;2;]),B(2;2;0),C(3;2;1),D(
mit cau ngoai tiép tir dién ABCD .

dflj

'D. 3cm’.
1,6;1). Tim toa do tan
A (52:1) B (z:41) c. (1:4;2). D. (1;1;0).

Cau 44. Trong khong gian voi h¢ toa dp Oxyz, cho mit phéng

(P):4x+y-2=0. Duong thang nao trong cac duon

g thing sau vudng &
véi mat phang (1) ?

x—-1 yp+l 2z-2

A d:Z—=2 B, s =) 2
X=4

' -4 y-1 z-0

£, d:x'l :}I = 1 . Dd P=p

z=(
) o phant
0a dd Oxyz, cho mat P

T , " . ?
0. Mt cau nao trong cdc mat cay say day khong cat (F )

Cau 45. Trong khoéng gian v hé
(P):3x—4z-1=
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A (x-1) +(x=3) +27 =1, B. (x_1)2+()’—3)2+22=;§.

1

2 2 2o 2 2 5
c. (x-1) +(y-3) +2 =35 D. (x-1) +(y-3) +2°=5.

iu 46, Trong khong gian v6i hé toa do Oxyz, cho hai diém 4(1;2,-4), B(5:4:2)-
yiét phuong trinh mat phéng trung truc cta doan thing 4B .
A 4x+2y+6z— 11=0. B. 2x+3z-3=0.
& 10x+9y+52'—70=0 D. 2x+y+3z-6=0.

ciu47. Viét phuong trinh mét phing (P) qua diém M (1;-1; 1) va chira truc Oy .

A x+z=0. B. x—-z=0, C. x-y=0. D. x+y=0.

ciu 48. Trong khong gian toa do Oxyz, goi A, B, C lan luot 1a hinh chiéu vuong

goc cua diém M (8;-2; 4) lén cac truc Ox,0y,0z . Viét phuong trinh mat

phang di qua 4, B, C.
A x+4y+2z-8=0.
C.x-4y-2z-8=0.
Ciu 49. Cho hai mat phing (P):
x=1

B. x+4y—22—8=0.
D. x—4y+2z;:—-8=0.
x+2y+22+3:0,(Q):X+2y+23+7:0- va

duong thang d: y=el.. viét phuong trinh mat cau (S) co6 tdm thude
z=—
dudng thing d va tiép xtic voi hai mat phing da cho.
2 2 2 4 . 2 o 2 - 2=
A (x+3) +(y+1) +(z-3) =g B. (x-3) +(» 1)’ +(z+3)
5 " , 4 _ay? 2 (. 2 _
C. (x+3)‘+(y+1)’+(z+3) i D.(x-3) +(y+1) +(z+3)

Ga tham sd m dé duodng thing d xac dinh boi

- Ciu 50, Tim cac gia tri ©
{2x+3Y—2=0 nam trong mat Phéﬂg (P);2x—y—22——6=0.
my+2z+4=0 : : -

A m=4. - B.m=-4% C.m=2. D. m==-2.
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pE 8

e . - .z o Sau:
CAu 1. Cho ham s6 f(x) c6 bang bicn thién _nhu
i
X o0 I 2 +00
o 2
= 0

T i) +

+
+o0
1) /
f(x‘) ) / \ , _

Khang dinh nao duai day la ding? .

A. Ham sb dat cuce tiéu tai x =1va dat cuc dal tai x = 2.
B. Ham s0 dat cuc dai tai x=1va dat cuc tiéu tai x = 2.
C. Ham so dat cuc tiéu tai x =2 va khong dat cuc dal.
D. Ham s6 khong c6 cuc tri.

Céu 2. Tim tiém c&n ngang cua do thi ham sb y= 2Y 13
+
3.
A y=2 B. y=-1. C. y:E. D. y=-3
Cau 3. Tim t4p gia tri cua ham sé P MH ,
x-1
A. R\ B. (‘w;—IJU(1;+oo).
C. (-co;—l)u(l;+os). D. (1;_{_00).

Céu 4. Cho ham s6 f(x) ¢6 f"(x)=(x~2)¥5 v
’ A X V01 moj = : a0
dudi day ding? ' *€R. Khang dinhs
A. Ham sb nehich bién trén cac khog
o ang (~e0,0);(2: 4 trén
khoang (0:2)_ ) ( 00) va dong bién
B. Ham s6 dong bién trén khoang (0; +00),

C. 11am s6 nghich bién trén cac khoang — B e
khoang (2; +e0). | 0, (0;2) va ddng bién i

Va dong bién trén cac khod
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5 5,Cho y= f(x) 1a ham s6 bac ba va ¢ dd thi nhy hmh VE. YA
3

Tim tAt ca cac gia tri cua tham sb m dé phuong trinh
f(x)+m 0 co6 ba nghlem phan biét.

A —3<m<l. B. -l<m<3. [ ]9 ? X
c.-3<m<l. | D. -1<m<3. T
ciu 6. Tim gia tri nho nhét ctia ham sé y= Mt trén doan [0;2].
) | , x+1
min y =0. B. mi | =— =y
A py= =53 CRpysh o Dopprs

ciu . Cho ham s6 f(x)=x" —4x*. Khing dinh nao dusi day 1a dang?

A. Hamn sb c6 mdt cuc tiéu va hai cuc dai.
B. Ham sé ¢6 hai cuc tiéu va khong ¢é cuc dai.
C. Ham s6 ¢6 hai cuc dai va khong c6 cuc tiéu.
D. Ham sb ¢6 mdt cuc dai va hai cuc tiéu.

mx+1 5 R
dong bién trén

Ciu 8. Tim tit ca cac gia tri ctia tham s6 m d¢ ham s6 y = .
x

khoang (1;+oo).
B. -1l<m«x]l.
D. mz=1.

A m>1.
C. m<~1 hoac m>1.
Ciu 9. Hinh bén 14 db thi ciia ham sb 1 (x)=ax’ +bx+c. "
Khéing dinh nao dudi day 1a dtng?
A a<0,b<0,c>0.
B.a>0,b>0,c>0. : \
C.a>0,b<0,c<0. =
D.a>0,b<0,c>0' | I |\/

q 7 2 . S l 3 2
Gu 10, Ty gi4 trj cuia tham s& m @& ham O Figh +mx® —4(m+1)x dat cuc
dai tai x =1,
Ams=-L B. m=1.
2
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| Cau 11. Cho a8 thi him sb y=ax' + b +¢ dat cue dai tai A(0:3) va gy
| ]
tai B(—l;—S) . Tinh gia trj cta P = a+2b +3c.
A. P=-15. B. P=-5. C. P=-9. D. =3,
Cau 12. Tinh dao ham ciia ham sb y= ln(x2 +1) .
1] 2 r | I !
| A y=—"— B y=S_ C. y'=2xIn(x*+1). D. Y =l
| - - X" +1 x +1 |
Cau 13. Giai phuong trinh 27 +2°* =12.
i A, =2, B. x:%_ : C. x=log, 10. D, x=]0g2(ﬂ}
: ' 2
E Cau 14. Tinh dao ham cia ham s& y=xix. _ |
s 43 , 4 24 |
i A y'= . By=—0pr. C.y= ‘E. D. y'= h .
2 3 33/x 3 33 |
- . : . |
a Cau 15. Cho a,b >0, rat gon biéu thie P =log, a-2log, b. |
§ A P=log,| 2 - |
H - =108, bl B. z‘t’:log2 (ab), 1
a a |
C: P=log,| — |, | e a f
S gz[bz] D. P——logz [54—] '
"" a x 2 xInx H
- Cau 16. Cho ham s6 y =e*"™*. Ménh d& nao dusi day ding?
L g o j f |
3 A. Ham s6 dong bién trén khoang ~1-; +00J -;
\€ i

o , /

B. Ham s dong bién trén khoang 0;_1. _
R

C. Ham 56 dong bién.trén khoang (0 +00)

D. Ham s6 nghich bién trén khoang (1;+00)
Ciu 17. Goi P 14 tdng tét ca cac nghi€ém cug Phuong trinh 1o (3 % 1) _9xth
Tinh P. s
A. P=-1. B. P=(). & .5 3 I
5" D. P= 7
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ciu 18. DAt a=log,5 va b=log 5 pay s, dién

o Togid ks log, 5 theo g va b,
 log, 5= .

B a+b B. 10g65-—. 1 .

(5 10g65=a+b. a”’

D logy5=¢? +b°,

B. Cuc dai cua ham sé b3 —1_ E e o tosa s
ng e tal x—\/; Va cuc ticu bang 0 tai x =1.

. A . x % X 1- .
C. Cuc tiéu cua ham s6 bang % tai x =+/e vahim s6 khong cé cuc dai.

D. Ham s6 khong ¢6 cue tri.
Ciu 20. Gidi bét phuong trinh (23" > (243"
A x<-1. B.gc<—2. C. x>-2. D. x>-1.
Cau 21. V&1 x, y,z,t 1a céc sO tu nhién doi mot nguyén t3 ciing nhau théa man
x10gy6 2+ y10gy s 3 +210g,5,, 7=t .
Tinh gid tri ctia biéu thic P=x"+y" +2".
A. 3130. B. 28 C. 58. D. 57.
Ciu 22. Tim nguyén ham /= [V2x+1dx.

2
(2x+1)" +C. B. I=5y(2x+1)'+C.

1

l =
C.]:————-i-C. D. [_
orrl - W2x+1

K Fet
3
+C.

Ca In X i
U 23. Tim nguyén ham /= J

1
= — C, D. 1=lnx+C.
A. [:Elnv.:f'}'c- B_ [:h’l x+C. C. I x+

T

4
Cau 24, Tipp tich phan, / = ,[ sin 2xcbx.
0

. 1=0.

1l
o
-,

' I
Ar=1 ' B.I=L

2
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1
Cau 25. Tinh tich phan J = j\/ 1-x"dx.
0

i . ' D. 1=-—-—
1
Cau 26. Ty én ham [ = | ———dx.
Im nguyén ham Ix'+2x—3
1. |x=1 w43 .
A. I==In +C. B. = ln .
4 Ix+3 4 |x-1
+3
C.I= ]nx e B, I=Tnlt 22l
x+3 x—1 :

Cau 27. Tinh dién tich hinh phang gidi han boi cac duong y =x° +2x+1, e
hoanh, x=1 va x=2.

39
A g2 B. 9=.‘.‘2_ - c.s=21 B §=r
4 4 4

Céu 28. Tim nguyén ham [ = [ 2uing
SINX—cCosXx
A. I=x+ln|sinx_—cosxl+C.

*

B. /= x+lnlsinx+cosx|+C.

C.I=x+ : +C.

|sinx—cosx| D. ]=1nlsinx—cosx|+C.

Ciu 29. Cho sb phitc z=1+2i. Tim ph‘én a0 cua sé phic w=2z+7%.
A. Phan 4o ctia w bang 2.

. \ B. Phin &0 ciia bang 2i.
C.Phan docuaw bang -2,

. D. Phan 0 cla w bang _97.
Cau 30. Rt gon biéu thire P=(]- §)016

&, P28, B. P=_plo C. poguon, . N P:____ZW”“;'.
Ciu 31. Tim s6 phirc z théa man z+4_2,-_,:19_-_+_29£

ik B z=1-3; 3: 2=46-52i, D.z=5+"
Ciu 32. Goi z, va z, 14 hai nghiém phyg oy, Phuong tinh ;2 4 65412207

gia tri cua biéu thirc P=|z |+l 1

A. P=43. B. P=23. G B s
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su 33. Cho céc s0 phurc z théa man |(1-4)z - 4+2i|=2. Tap hop cac diém biéu

dién cac s6 phuc z trén mat phang toa do la mét duong tron. Tim toa do tam [/
va ban kinh R cua dudng tron do.

A. Tam /(3;-1), bankinh R=+2.  B.Tam /(3;-1), ban kinh R =2.
C.Tam /(3; 1), bankinh R=+/2.  D.Tam /(=3; 1), ban kinh R =2.

Ciu 34. VOi céc s0 phirc z théa man |7 ~3-4i|=1. Tim gi4 tri 16n nhét cua 2.

Ca

A. max|z|=6 B. max|z|=4 C. max|z|=5. D. max|z|=7

Ciu 35. Cho khoi hop chir nhét c6 ba canh c6 d9 dai bang 3, 4 va 5. Tinh thé tich ¥
ctia khoi hop.
A. V =60. B. V =20. C. V =180. D. V =30.

Ciu 36. Tinh tong dién tich cdc mat cua hinh 1ap phtr(mg ngoai t1ep mot hinh cau
¢6 ban kinh bang 2.
A §=96. B. S=64. C.§5=48. . D.S=32
Ciu 37. Cho hinh chép S.ABC c6 day ABC 1a mot tam gidc déu canh a, SA vudng
goc voi mat ddy va SB tao véi mat ddy mot goc 45°. Tinh thé tich ¥ cua
khoi chop S.ABC.
V30’ B =30 c. V_\/_" b,y =3¢
- 12 4 2
Cau 38. Cho hinh chop tu giac déu c6 canh ddy bang a va canh bén bing 2a.
Tinh thé tich V cua khoi chop.

aJ\/-lE ﬁa3 ﬁa3 ﬁa3

B. V= ; C.V= D. V=

A V=

A V=

Cau 39, Trong khong, gian cho hmh chu nhat ABCD c6 AB a,AD=2a. Quay
hinh chir nhat 4BCD xung'quanh dudng thing 4B, ta duoc mdt khdi tru.
Tinh thé tich khoi tru dé. |
. 3 2 3
A V=4, ' V:4;;a - C.V=2ra. D.v=-22

Cau 49, Cho hinh lap phuong cé canh: bang a. Tinh dién tich mit cau ndi tlep

hinh 14p phuong do

. 2 ; 4ra?
A S=nd B =t C.S=4rna®. D.§=2"2°

L =

3
G 41. Cho mét hinh nén co chidu cao bing 6 va ban kmh day bang 3. Mot khéi
try (£7) nam bén trong hinh nén, co truc trung vai truc cua hinh nén, cé méot
mat phang day trung vdi mat phing day cua hinh nén va dudng tron day kia
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thudc mét xung quanh ctia hinh nén. Biét chiéu cao cua (/1) bang 4, tinp .
tich cua (H).
A. VH 2872'. B. VH=6JZ'. \ U
: i ]
Ciu 42. Duong chéo AC cua mat diy ABCD g}lah lhémhhugg ltahum}g
ABCD.A’B’C’D’ quay quanh duong chéo AC™ cua hinf 1ap p g tao néy
mat xung quanh ctia mot hinh non. Tinh dién tich cua mat xung quanh ds

biét canh cua hinh lap phuong bang a.
27'[02 37[02 C S =

C. VH=47T. D. VH=272'.

4ra’ _ D S= E‘E{’:
\/5 . B. S=f. \/5 ‘ 3
Cau 43. Trong khéng gian véi hé toa d6 Oxyz, cho mat cau co phuong tring
x* +y* + 22 —2x+4y+2z+3=0. Tim tdm / va ban kinh R cua mit cau,
A. 1(1;=2;-1) va R=4/3. B. /(I;-2;-1) va R=3.
C. I(-1;2;1) va R=3, D. I(-1;2;1) va R=3.
Cau 44. Trong khéng gian véi hé toa dé Oxyz, cho mit phang (P): x—2y+3=,
Tim vecto phap tuyén n, cua (P). '

A. AS‘=

A. 71, =(1;-2;0). B. 7, =(,—2;3). |
C. 7, =(1,0;-2). D. n, =(0; I+-2). ;
Cau 45. Trong khéng gian véi hé toa dg Oxyz, cho diém 4(-2;3:1) va mit phan

(P);xT2y+2z—3=0. Viét phuong trinh mat cau ti
mat phing (P).

A. (x+2)2+(y—3)2+(z—1)2 =9

: : B H 2 4 -3y (21 =3,
C. (x=-2) +(y+3)° +(z+1) =9,

P =24 (43 bz 1=
Y . 0 Oxyz, cho hai diém 4(0;1;-1) V|
B(2;-1;3). Viét phuong trinh m3t phang trung trye cpa doan AB( -
A. x—y+2z-3=_0. B. x-y+2z+3*0. | ‘
C. x+z-3=0. o |

C(2;1;,-2). Viét phuon

dudng thang BC. g d di qua 4 va song song "
A d.-_)_f_:L:lzz—Z ' ' ’
B B -3 B.g:X_ Y+l z42
G, gt ) 2l R
301 -1 D.g:.X_JY+1 247
3 1 - _1 *
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ci 48. Trong khing gian vo1 he toa do Oxyz, viét phuong trinh mat phémg (P) di
qua hai diem A(1;2),B(O;-L1) vi song song véi dudmg thang

gl Pl 2
S
] |
A. (P):Sx—y—-32+2:0. B. (P):3x+y-5z+6=0.
e (P):3x+3y+z—8=0. D. (P):x—y+2z—4=0

.y 49. Trong khong gian véi hé toa do Oxyz, cho hai duomg thing

C
y=1 ¥ _2-1 , x y-1 z ; .
:_._..--:—-—:—-— va d_,:_._-:_ e il A \ 2 Z
d, | > T ] T T2 Viét phuong trinh duong thang d
di qua A(6;1;—4) vacat hai dudng thang d, va d,. |
-2 -2 o
Adx _Yy-e_Z g 2_y+3_z+4
—4 1 4 —4 1 4
x-1 y z- x y-1 =z
C.di—=s=—" D di—=%—=—
-4 1 4 —4 4

Oxyz, cho mat cau (S) c6 phuong trinh
hiang d c6 phuong trinh x-2=y=-2.
T va T°. Tim toa do

Ciu 50. Trong khong gian v4i hé toa do
x2+(y—])2'+(z+1)2 =1 va duong t
Hai mat phang (P), (P’) chia d, tiép xuc véi (S) tai

trung diém H cua TT".

4 _ \ ' \ .
A H= ‘l‘,i,—é , B. H= [Z,é,—z)

\3 6 6 ) 36 6

71 _5 5) 4 9
CH= ‘1‘;'—5‘;2 < D.H= (%,-—7—,-——)

\3 6 6) J 6

A
PDE 9
Ciu 1. Duomg cong trong hinh v& bén 12 qé y T -

thi cia mot trong bén ham so dugc ll(;t.' _
ké & bén phuong 4n A, B, G, D dudi 5

day. Hoi d6 1a ham s6 ndo? | ANYZ AW L

A y=x'-2x% B. y=—x'+2x".
C'}’=x2—-2x. D.y-—'-xzjl-Zx.
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Clu 2. Ham s ps i cé bao nhiéu diém cuc tri:
x -]

Al B.0. €2 : iy I‘D.dl‘ .
Cau 3. Do thi ham 56 no dusi day nhan duong thang y =1 1am duong tigr, ey
A, y=x-_2. B.y:x3+x, C_y:-—x3+x. D'y:'--'fdﬁ-f.
X+3 .

CAu 4. Ham s6 nao qudi day déng bién trén khoang (0;+00)?
: 4
A-y=x'+l. B y=-x'+1. . C.y=-x+l. D y=(x-1)'4
Cau 5. Cho ham s§ f(x) c6 bang bién thién nhu dudi day.

f' + +

;" o

—o0
Hoi f(x) 14 ham sé nao?

2

2x~1 1-2x 2x+1 -1}
AT =—— B fl)=—"2 ¢ f)=Z p -2
x+1 x+1 x~1 x-1
Ciu 6. Tim diém cue tidu x . cua ham s§ y=x" 349
A Xy =2. B. X4 = 0. C. Xop = D. B =-2.
Cau 7. Goi m, M lan luot 13 gi4 tri nho nhat va gia tr 16n nhat cia ham s6
31’—1 [
= trén doan [~ 5: - 3] Ty =
f(x) x+2 [ ] Tinh § m+ M.
46 % - 14 14
A §S=—. B § = O = e
3 3 C S T D S= 3

Cau 8. Ham sb y==x'+2x*13 co mfiy diém cue daj?
A.2. B. 1. | C.3.

Céu 9. Hinh vé& bén 13 dd thi cia ham g Y=f"(x) g D;,O.
doan [0; 4], véi f(x) 1a ham ¢4 lién tye trap doan h
[0; 4], c6 dao ham trén khoéng (0, 4), Hoji ménh de .
nao sau ddy ding? | -
A. f(0)< f(2)< f(4). B J0)< f4y < )., — &
C./(0)<f4)=/2). b p4 =7 Q)< f(0 e
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i 10. Tim tit ca cac gia tri cta tham sé m dé dudng thang y = —x+1 céat d6
thi ham sb y=4x’ —6mx” +1 tai ba diém phan biét?
2 2
A m>—_. B. lml>—. C. |m[22. D.m2—2-.
3 3 3 3

ciu 11. Khang dinh nao trong cac khang dinh sau 14 sai?
A. Ton tai hang s6 ¢ sao cho 5% > 1+ cx, véi moi sé thuc dwong x.

a2

by s 1S A X X g . A
B. Ton tai hang s6 ¢ saocho e >c+ x + PR vO1 moi s thue duong x.

C. Ton tai hang s ¢ sao cho sin x < cx, véi moi sé thue duong x.
D. Ton tai hing s6 ¢ sao cho tan x < cx, vdi moi s6 thuc duong x.
Ciu 12. Tim tdp Xéc dinh D ctia ham s6 y = log x.

A.D =(0;+). B.D =[0;+00). C.D =R. D. D = (10;+o).
Ciu 13. Giai phuong trinh In(x—-1) =0.
& B, B. x=1. C.x=e. D. x=e+1.
Ciu 14. Tinh dao ham cua ham s6 y = x. -
A. y' =9x°. B. y' =x". C.y'=x"In9. D. )y =x"In8.
" Cu 15, Tinh dao ham cua ham s6 y = xIn|x].
, 1
Ay =In|x|+]. B. y==
' J 1
C.y:ln|xl+x. D.y=-r‘+1.
Cau 16. Giai bat phuong trinh log,(3—x) > 2.
A x <-6. B. x<-5. €. x 3 =By D. x> -5.
Ciu17, Tim 6 nghiém cua phuong trinh 8" +4=4"+2"".
A0 B 1. €: 4 D. 3.

s A ; B X v+l
Cau 18, Tim tat ca cac gid tri cua tham sO m sao cho phuong trinh 9" =3""' = m
¢d nghiém.

A. m}__g_ B. m>0. C, mx—L D.ng.
: 4
Cu 19, Xét cac sé duong a,b thoa man 4log’ a+log”b=1. Tim gid tri 1én
thit cua . - |
A 10" B.1. c.J10. - D.10™

185

A




uyfl

Cau 20. Tim s nghiém cua phuong trinh 25X 4 99 F = ) trén doan [0;271]. |
Ao, B. 1. C.2. D. V4 sé.
Cau 21. Tim c4c gia tri ctia tham sb a dé dudng thing c¢6 phuong trinh Y=y ﬁ,;;p{

Xuc véi do thi ham sb y=e™'

] a ; |

A a=—, B.az—l—-. C.a=—. D. a=4et, }
4e 4¢ 4 -

Cau 22. Tim nguyén ham cua ham sé f(x)= 22,

1 p | 1 V2-1 r
A |f(X)dx=——x"41C. B [f(x)dx= il |
O e
C. [fx)dx=x"+C. D. [f(x)dx=x""+C.
Cau 23. Cho F(x) la mét nguyén ham cua ham s& f(x). Ménh d2 nio sau diy |
sai?
A [f(x*)dx = F(x*)+C. B. [2xf(x")dx = F(x?)+C.
C. [f(x)dx=F(x)+C. D. [f(1)dt=F(t)+C.

. 1
Ciu 24. Tinh tich phan = [x2'dx.
S0

A ]:2ln:2—1. B.]___21n32+l.
In“2 -~ In"2

C.1:2—1112_ D‘1:2+ln2-
In2 In2

Cau 25. Cho ham sb f(x) lién tuc trén khoang (-2;3). Goi F(x) Ja mi

nguyén Hém cia f(x) trén khoang (~2;3). Tinh / = J'[f(x)+2x]dr.

biét F(-1)=1,F(2)=4.

A[.-_—6 B1=10 C1:3. D]:Q .
Cau 26. Tinh di¢n tich S cua hinh phing duoc gi6i han boi cic duromé

3_1 e |
YT G 3+ |
2(3-242) - 2(3+242)
AS=TThy =
c. §=3-22. D. $=3+242.
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ciu 27 Tinh thé tich ¥ cua khOlltron X0ay tao thanh khi quay hinh phang gidi

X+

han bdi cdc duong y = \/—\ » ¥ =0, x =3 xung quanh truc hoanh.
X +3

\/gzrz | \/_ L

B.V=>A+In3)r+

\/_JZ' \/‘7[

C V= 4+1ﬂ3~*~ ' D.V=4+In3+ 2%

A V=(@4+In3)r -

Ciu 128, Xét f(x) la ham sb lién tuc, c6 dao ham, nhén gia tri trén khoang (-1;4);
f(3)=5va f(x)= -1, véi moi x. Tim gid tri 16n nhat cua £(0).

A. 3. ' B. 4, C.5. D. 8.
- Ciu 29. Cho cac s6 phie z =1+, z, =2+ 3/. Tim phén thuc @ cia sé phirc
F=7, +Z;. |
A a=3. B.a=4. C. a=1. D.a=2. '
Ciu 30. Tinh médun cﬁa sO phuc z =4 -3/
A. [z[ =3, |z] = 25. |z| =], D. ]z[ =

Ciu 31. Go1 w la nghiém phuc c6 phin ao duong cua phucmg trinh
22+7z+13=0. Tim w.

7 &3 7 3.

A W= —————|, - B.w=———|.
2 2 : ' 2 2
cw 1,3, By 5 W
2 2 2

Cau 32, Xét cac sd phirc z thoa man !z] =2, TTEN miat phéng toa d9, tap hop cac
. diém biéu dién cua cac sb phac w=z(i+1) 1a dudng nao trong cac dudng

¢6 phuong trinh dudi day?

A x*+y* =8. B. x>+’ =2/2.
C.x*+y* =4. D. x*+y’=2.
Ciu 33. Cho s phic z thoa man zﬁlz‘ =3i—1. Tinh modun cua sb phuc
w=z(1-1).
Al=5v2. B.|w=4v2. C.[w=10. . D.|w|=

Ciu 34, Xt cac sb phirc z théa man ]z —1+ 22'] = \/g Tim s6 phuc w c¢6 mddun

l6n nhét, biét w=z+1+1.
A w=4 *;IfangB wi = ~F ], Cow=4-3i. D.w=4+3i
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- Ciu 35. Cho mét hinh da dién. Khang dinh nao sau déy la khang dinh saj?

A. M3i canh cua hinh da dién 1a canh chung cua it nhat ba mat.
B. M3i mat cua hinh da dién cé it nhat ba canh.
C. M&i dinh cua hinh da di¢n la dinh chung cua
D. M3i dinh cia hinh da dién la dinh chung cua it n .
Céu 36. Cho hinh chop S.ABC c6 day ABC la tam giac vué,ng tai A, :S‘A Vudng i
vOi mat phing day. Tinh thé tich ¥ cua khoi chop S.ABC theo g, p

AB=a3.4C=a. SA:%.'

% 3\/5 3
a a3
a \@ B. V:a3x/§. C.V= s Dl =e—
2 4 . 3
Céu 37, Cho khéi lang tru tam gisc ABC.A'B'C' vadiém M thudc canh ('
Mat phing di qua A.B va M chia khoi lang tru thanh hai khoi da di

it nhét ba mit.
hét ba canh.

AV =

t gt ot Vum(' l , , A MC
MABC va MABC'A'B' sao cho —*— = — . Tinh ti s0 —,
MABCA'R CC
M
A MC_ 1 o MC T c MC_t S MC 1
cc' 3 - CcC' 2 cCc' 4 cCc' 5§

‘Cau 38 Cho hinh chép S.ABC 6 ASB=BSC = CSA=60"
SA=3,8B=4.5C=5. Tinh khoang cach d tir C dén mat phang (S4B).

6 S )
NREA LT . ) D,d:i‘é.
3 9 3 9
Cau 39. Tinh dién tich S cua mat ciu ¢ duong kinh bi‘mg a.
A. S=rna’. B. S=2na", C. S=4ra’. D S:ﬂ.
' 3

CAu 40. Cho hinh cht nhat ABCD ¢6 canh AB = 4. AD = 2 Goi M.N i

luot I trung diém cdc canh AB va CD. Tinh thé tich ¥ cua khéi tn
thanh khi cho hinh chit nhit ABCD quay quanh MN

AV =dnr. B. V =8r. C.V=ler. D. V =32

Cau 41. Cho hinh lap phvong canh « , Goj R.R, R I |
ngoal tiép hinh lap phuong, ban kinh chu
bz'u) kinh mét cau Ucp xuc v&i 1t cg
khang dinh nao sau day ding?

}\ L I L ! :u
an lugt 12 ban kinh mat e
- 3 f * i

mdt cau ndi tiép hinh 1ap phuoné "
cac canh cua hinh lap phuong

A R;=RR. B R =R+R. ¢ R'=R'+R*. D. R =RR
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Ciu 42. Cho hinh phang (H) duge mg 1 ¢ hinh

‘ A 3cm F
vé bén. Tinh thé tich ¥ cya vét thé tron Xoay E 3cm p
duoc tao ra khi quay hinh phang (H) quanh
CE}nh AB. oam _ S5cm
T2r 7997 -

= ’ — 3 L]
AV - cm’. B. V= 3 cm’. B 7cm | C
C.V =2547wcm’. D.V-= 8267 cm’.

3
Ciu 43. Trong khong gian véi hé toa do Oxyz, cho mat phang (P):x+2y—3z+8=0.

Vecto nao dudi ddy 1a mot vecto phap tuyén cua (P)?

A. n =(1;2;-3). B. n, =(1;2;3).
C.n,=(-1;2;-3). - . D. n, =(1;-2;-3).
Ciu 44. Trong khong gian voi hé toa do Oxyz, cho duong thing
- + 4
:flf__ Y 5 2 =2 P Vecto nao dudi day la mot vecto chi phuong cua d ?
A u =(1;2:4). B. u, =(2;4;1).
C.u, =(1;4;2). . D. u, =(2;1:4).

Cau 45. Trong khéng gian véi hé toa do Oxyz, cho diém M (1;2;3) va mat
phang (P) c6 phuong trinh x— y+z +2=0. Tim toa d¢ diém H 14 hinh
~ chiéu vudng goc cia M trén (P)
A. H(—%;I—f-;—i-], B. H(3;0:5). C. H(%;-]?O;—-;—]. D. H(=1:0:1).
Cau 46, Trong khéng gian véi hé toa d Oxyz, cho diém M(—];—2;4) va mat
phing (P) c6 phuong trinh Sx-y+2z+6=0. Viét phuong trinh dudng

thing d di qua M va vudng goc VOi (P).

2 z—-4
x+1 +2 z-4 .x+1=y+ = :
; x—4 y+2 z+1

x+2 y+1_2-4 Sl = :
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Cau 47. Trong khong .gian véi hé toa 49 Oxyz, cho cac c{iém A(I;O}\;O)’B(O;};O),
Viét phuong trinh tht ca cac mat phing di qua céc diém A, B dong théi oy trye

5 b 1
Oz tai diém C sao cho ttr dién OABC c6 thé tich bang 6

A x+y+z-1=0. B. x+y+z+1=0.
C.x+y-z-1=0. ‘D.jc+y+Z*1=O, X+y—z-l=,
Céu 48. Trong khong gian véi hé toa d6 Oxyz, cho diém A(O;-Z;l) va my

phéng (P) ¢6 phuong trinh 7x — y + 2z —1= 0. Tinh khoang cach A tiy 4
dén (P). '

: 1 1
Ah=—"_. "B p=3 Ch=——. D h=L
J54

T Js4 54"

Cau 49. Trong khéng gian véi hé toa 'dc} Oxyz, cho ba diém A(I;l;l), B(4;1;0)
va C(-1;4;-1). Mt phéng (P) ndo dudi day chira duong thing AB m
khoang cach tir C dén (P) bang J14.

A. (P):x-2y+3z-2=0, B.(P)ix-2y+3z+2=0.
C. (P):x4l-2y—32=0, D. (P):x—Zy—3z+4:0.

Cau 50. Trong khéng gian vai hé toa dd Oxyz , cho dudng théng
d: x:IB . yrl :E va mit ciu (8):x? +.y2 +z? ~2x-4y—6z-67=0.
Qu:et d dung cac tiép dién’tdi (S), ti€p xiic véi (S
Vi€t phuong trinh dudng thang 77",

) tai cac didm T,T"

A x-8=2=1_275 B x“S:yH:z—s

-1 I

C x—S:y-—I:z+5. . D'x_S:y“l__Z--S'
1 5 1 1S T
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m—— I el B TEE  THY

;.HUGNG DAN GIAI VA DAP AN
A :
DE 1
iy - Hirong dan gidi

Ciu 2. y'= ~4x*+4x=0 c6 ba nghiém phén biét x = 0,
x -1, x=1. Két hop véi dang d6 thi khi hé sb cua
' 12 4m. Tinh y(=1)=y(1)=2, »(0)=1. Tir d6 ¢6

gia tri cyc dai bang 2
cin 3. y'=6x"+6x-12=0 x2+x 2=0 ¢6 hai

nghiém phan biét x =1, x=-2 Ket hop v6i dang dé
thi khi hé s6 cua x’ dwong, chi cn tinh y(-2)=17, d6

la gia tri cuc dai. Tinh y(-3)=—4; y(2)=-9. Vay

Py

Ciud. y'=6x" +2mx—12=0 & 3x’+mx—-6=0.

) bl . ; [l r ot » -~ -{
| A'y=m +72>0, Vm. Ham s0 lubn c¢6 hai cuc tri. Hé sd /\/
~ ciax’ duong. Hoanh d6 hai cuc tri 1a xi, x,. Vi diéu kién /-

clia gia thiét thi x; = —x; hay x; + x,= 0. Do d6 m = 0.

A 5% ; z ; .1 R e X+2
Chu 5, Vsi Yy =-3x—-2, ham s6 nghich bién, tung d6 gbc am. Véi y = Py dod

thi cia né ludn nam trong gbc phan tu [ va Il do hai tiém can tao nén. Vay
dé y=-3x-2 c4t dd thi tai diém duy nhat thi duong thang nay phai la tiép

tuyén clia dd thi, tix d6 y, = 2.

Chiiy : C6 thé giai truc tiép nho tinh toan viée tim giao diém cua hai do thi.

‘iu . pg thi y = - %11 c6 tiém cén dimg x = 1, tiém can y
x—_
fgang y = 3. PJ thi cé6 dang nhu hinh vé. Chi co
mit duong phén gidc cua géc gifra hai tiém cén cat
o thi ham sb tai hai diém, khoang cach tir cac
820 diém d6 dén 1 nho hon 4, tirc 12 hai diém do . / s

nam rong dudmg tron tam /, ban kinh 4. Vay c6 4 7 T+/ "
8lao didp, thda man yéu cau dat ra.
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b &
T T —— A SSCA A6 A S A b 8 S SR A — ' ; i‘w‘i

>

3

3x—1

A thi vol dudng trop 14 C
Chii y : C6 thé tim giao diém cta do thi ¥ tin,

ban kinh 4 dé tim 4 giao diém.

at 13 i O, tlr do dian
Cau 7. Tinh duoc hai kich thuée hinh chit nhdt 12 10sin€, 20cos 6 dign g

!

P .
| | oo =0 1a . Két hop véi hy: C
hinh chit nht § = 100sin26 Nghiém cua §'= 012 OP V01 hai oy
v mot dure inh ctia ntra dudng 1.
d6i dién hinh chit nhit song song véi mot dudmg kinh ong
tir d6 Simax khi 0 = af, | g
Ciu 8. Tinh duoc h=220"2" =" " 46 dién tich hinh phing 14 )
' 2
S= lJrr2 +2rh = 250r - r2(§+ 2). D6 thj cua S 1a mdt parabol ma ¢ g
2 | | C
v Daw K & . 250
cua r” la s6 am nén Sy, tai # = .
4+

Cau 9. Tir hinh v& ta ¢6 ba kich thwée cta hinh hop tao thanh la x,
30 — 2x, 24 — x, do d6 thé tich hgp 1a ¥ = 720x — 782 + 2° . C
voi 0 <x < 15. D6 thi biéu thi ¥ ¢ dang nhu hinh Ve, V'=0 \
chi ¢6 x = 6 14y duge, tinh M(6) thi ¢6 gia tri 16n nhit.

Cau 10. Dt AC=x,0<x<6v3. Vi AC? + 4B = 108
nén AB=v108—x" . Viy thé tich khéi tao thagh 1

1 B g

_V:EK(IOS—x‘)x. Xét y= (108 =x)x, x > 0, y'=0

chi cho ta x = 6 13 diém cyc i cia V' ma hé s§ cua x?

12 am. Tir do c6 gi tri 16 nhit caa 5,

- 2,16 . -
- X » =, ._’___ v A id X A n z . ’ . 8,64 h
C?“ 11. C6 A 7 Dién tich hinh hop khong nap 18 8= x4 4y = 2 T C
Tién phai chi dé mua nguyén vat lidy lam hdp d6 13 & _ I 8( s 20 17,28)_
. - X ' P
. Xet %"=0<:>x=‘1,2, dOdé‘h:‘-’l,S,V(}ix= 1 zthi %— h, nhf.t : Ca
Cau12.Dipan A, vidi€ukign x 4953, "2 © nhonhdt
Cau 13. Dép &n A, Vi phai gisi bt phuong tripg, 4 . rs |
‘ +2x+|__— . v L2 ‘_8?0':
~ 1=2" Chicin gigi 2" > 2, 8>0, ticla 42870

_Cﬁll 14. Dép an C, Vi X:-—]0g2+10g2__10g3+ - ’
Cau 15. Dép 4n A, vi X =-log 10 70899~ 1og100 = 2.
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tém !

T tich
i Canh

4 tl‘(‘)n’

4 16. pap 4n A, vi phuong trinh da cho tré thanh 3.3" + 93% =22+ 42" hay
x‘-621 tr do (E)x—l
12372025 ) T2

h b i | l 3
chu17- pap an B, Vi 10g3 X+ log9 x=log, x+ ‘510& X = -2-1083 %,

(h

Viy phuong trinh da cho tré thanh Elog3 i % e 1E nmd.

ciu 18. Dap an A, vi bit phuong trmh da cho tré thanh —12 +1+2<0, ¢ = 2" hay
(<—1hodc t > 2. Tx d6 c6 dap 50.

log, 53 log, 72 logz; 94

log,2 log,5 log,7

x—.ln(x +1)] 12— (+DinG" +1)
x

ciu 19. Dap an A, vi log,125.1og; 49.log, 16 = — 4

2x
ciu 20. Dap an C, vi y'= [
x2+1

X (x +1)

Tirdo y'(1)=1-1n2.
Ciu 21. Pap én A, vi v€ db thi cua yz[—) va
y= x—% dé doc nghiém hodc nhén xét x = 1

3 mot nghiém va chiing minh d6 1a nghiém

duy nhdt nho y:(%) nghich bién va

| SN g .
¥=x ~3 dong bién trén tap xéc dinh,

Ciu 22, Dap 4n A, v1f(x)— 1 + 17. véj l dx =—cotx + Cy.
sin’ x cos'x sm X -

1
J dx=tanx + Cs.
cos’ X .

Cu23, Bép an B, vi
In Cos x |

gﬁ*ﬁ——dx:‘[z————-—l d(sinx):l_[?—;—f—'
V1+3sinx o J1+3sinx 370 J1+3sinx

n
g
1Vl+3sine| -2
Vl+3sinx| _2
301 3
2 o.‘
" | _ - 193

d(3sinx+1)
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;|

6 3

. 3

n s X
2 2 ‘;ix.-_—_lhfsin2 xd(sinx) = 3
Ciu 24. Pap 4n C, vi jo cos xsin’ xdx = _

Wiy

n

o 3 . ¥l =In 2.
Ciu 25. Dép dn A, vi § = | ¥ tan xedx = —In lcos x|

0

€ 2 ¢ __. €
Cau 26.Dapan A, vi V = fr_[l In? xdx = n(xln x’, jl 2In xdx) |
= n(e—QJlelnxdx)=n(e—2xln xff+ 2jl dx) =n(e-2).

~ 2o
3

: ca bz 3 2 | bz ‘)I x3.
Cau27. Dép an B, vixét [ > (a® —x*)dx = = ax-=
—a'a ) a’

Cau28.Dapan A, vi v= J'Sdr =5t, 8= Jstdz = —;—rz' (do v(0) =0, s(0)=0). .

Khif=12this= -;-.1,44:3,6(m).

- Ci
CAu29. Dép &n A, vi th 2+32 = p ta c6 sb phite phai firy 5 7. 2,
” , , - - 3 3 . :
Cau 30. Pap an C, vi ti |jz—5[:|z—,2~3i| VO z=x+ y; t4 cé x—y—ZZO mil ’
khéc‘x‘+yl=0nénx=l,y=-1. . ' o Ca
Cau 31. Pap an A. Viét 7z = Vi 0,' i B ' |
- €R) thi |z44|= o
& y=1.02. . | | el = 164y )i
Céu 32. Diép an A, vi phuong trinh, 45 |
’ a cho ¢g ‘2 ?
Za, 1 \E oA nghiém :
2=l Z=—+—j. |
2 2
Cau 33. Pap 4n B, vi tiyr |2+ 6l=5 vgi .
- = E 4wy
(x+6)+ 3% = 25. Mt kh e KT ita s
dudng tron trén taj haj diém & thang Y =4 it
Ciu 34. Dap 4n B, vi tir | = -
* B T~ s N
, \/3_ e x+yzth1x_2+y2_?_____l 5 \/’,\,’9_
y>0nén z=_2_+.___,- ' » mat khac y= 3 Cﬁu
2~ _
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-2).

N. ToAN®

ﬁ_l+\/_§_!:
,zﬂl_|z_1|__ 2 _ 1
Tur d6 -;-+'—I“ |Z+l| - 3+\_/§_ \@
T2
ciu 35. Dap tn A, vit S4 = SB = SC ta ¢6 hinh S

chiéu H cia § trén (4BC) la tdm duong tron
ngoai tiép tam giac ABC Tinh ban kinh R, cua
duong tron ngoai tlep tam giac ABC boi dinh li

BC 7

sin trong tam giac ABC, 2R, =

>

sinA_:\E' 'A C

Vﬁy RlzT,tU’dO SH=T
\/—

Chu 36. Dép 4n B, vi tir gia thiét ta c6 A ABD 14 tit dién déu canh 1 nén dudng

S = ;ABACsmA val =

cao cua tr dién do la —36—', ma Vigp = 6V 448p.
Ciu 37. Dép 4n A, vi néu goi By 1a trung diém SB, C,
thuje SC ma SC, = %sc thi SABC, 1a hinh

hopc6 SA =SB =SC=1. AAB (C vuongtalA A
nén SH L(4BC), H, 1a trung diém cua

BiC . 4B =1, 4c, = JE,BCI =3 va

V.
V-Mm'::,)"le— thc 1a ¥, =\1/— Mit khac < —23 6, tir do

SABC
SABC,

2
Mhic = _'3_" 3
Cau ) | l
3, Da];'J an C, vi dién tich S,”,( = -7 S ypep Ma
chidy ¢aq cua P.ADCNM bang nira chidu cao 4 cia
hnhhopnn VAD(NMP‘zl'Z : 'EIJ_V'

3 8 P9 48












G sl ia
i g, Tinh duge y= x——Tx Dién tich hinh phéng la

2

+12x*> hay S =450y I

3z 6 Orx
5:(75—5x——§—x). Xt ~18x? —7x . Phuong

— A 16 —4 ; > A A 5 2 ~ r
rinh S*= 0 €6 nghiém x va dua vao hé sb cua x trong cong thirc

r+4

lam cho S 16n nhit.

tinh S 1a am, ta dugc x = =

; 63 s
ciu 9. Dt y*=Ythi Y'=0<x =0 (kép), x= U loal truong hop x = 0. Vay chi

2 = i 63 .4 ;
con mot cuc tri. Lap bang bien thién ta ¢ khi x = i thi y* nhé nhat (img
J6i x d6. AQ < 30, nim trong kich thude to gidy).
qu 10. Tinh dugc V' = n(15x° —x ), 0 <x <15 Tu dé V'=m(30x-3x>)=0

C
— 10. Vi bang bién thién thi x = 10 lam cho V' 16n nhat.
4 V —§Rr3
Ciu11. Chi y rang > 0. Do V = —3-7rr3 +7r’h nén h= e Vay dién tich

4rcr’ + 2V — -g r’

. : . % 3 . ‘.
can co @€ tao ra bon dung xdng la S = drr” + 2mrh = X

14
Chu 12, Déap an A, vi can g1al x> +2x—8>0.

Bt oo Ty Mt Dt 3
Ciu 13, Bap an C, vi cén gidi o i)

: 4 ol gL SR
Dua theo bang bién thién thi r =} o lam cho S bé nhat. Khi ay 2= 0.

S 0 tiacla x*+2x-3>0.
e.\
Ciu 14, Bép an A, vi

M =Tlog, (2 +1) - 6410g, (V2 + 1) ~ S0log, (V2 =)
= 14log, (V2 +1) - 64log, (V2 +1)— 50log,(v2 1)
= ~5l0[log2 G224 1)+log2(\/5—1)] |

o illog 1 =10
199
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413 1
Cauw15. Bap an D, vi vidt log, >~ = 4+ log, b 3108, ¢
(¢

Céu 16. Dép 4n C vi chia hai vé ciia phuong trinh d3 cho cho 97, khi dé ta ¢4
5 2x 5 X
25(-—) 34[-) +9=0
: : h X -2
a SV s h-a(i)':(i]
25!'-34t+9:0,z—(5] , tic la (EJ =1 hoac 3 e

Cau 17. Bap an C, vi phuong trinh da cho tro thanh
4+4log, x+ (log, x)* +2log, x—11=0 hay (log, x)*+6log, x-7=0,
do log, x =1 hoac log, x=-7. _

Cau 18. Dép 4n A, vi bt phuong trinh da cho tro thanh 7 +20—8>0,1=2">
hay 2 >2 tuclax> 1.

Cau 19. Dap an A vi | : 4 3
log, 27. log,, 16 . log, 343 = ll‘;i - '12*2 iz . '?fgg =6

Cau 20. Dap an A, vi dung quy tac tinh dao ham mot thuong, (&) ="¢"; (e")7=e

Cau 21. Dap an A, vi v€ do thi hai ham so6 trén

. i YA
cung hé truc va doc giao diém hoac nhén A
~ ~ . A }\- s & i //+
xét x = 1 1a mot nghiém ro6i chimg minh né ik 5
duy nhat nho tinh nghich bién cua log T 0 e
l - 1

tinh dong bién ctia ham séy = x — 1.

Cau 22. Déap an A vi
I 4x dx=J.4x(x~Vx2—_2)dx
x+Nx* -2 :
= [(@x® - 2x/x* ~2)dx = [2x%dv— [* Z2a (x? _ 9y,

Cau 2% Dép an B vi _ |

= F
B
=3

; 18
- 3
= | xd(tanx) =xtan x|+ — [tanxgr =T
-{[cosx _0[ _ 0 J =7 tIncosx

y - el e | 2
Cﬁu 24. Dép an Ba Vi jl Td‘f = Jl ln xd(ln x) = ln2 X
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Céu 36. Dap 4n B, vi d thdy chan duong cao
H ké tir 4" xubng (4BC) 14 trung diém .
cla BC, AIHK 1a hinh vudng canh

A]::_l., AH:l_\/——Q

2 2 2
= A'H*? _1-.l=l
2 2
V2 1 > o3
A'H=— Pgpoi,= = 1.1 —=—,
g HRERL T TS T g
Cau 37. P4p 4n A, vi
1 I 2 1
VA,B,C,C'B' = EVAIBCC'B' = EgV = 5’ 4
g .
VA1A'B'C' : _;_'SMlﬂlcl.h-l ma h] - gh (h 12‘1 Chleu
cao lang try). Vay Viwre = EV ;

Tieds V=svssp=2p g T
379 9

2

|

Cau 38. Dap an A, vi néu goi G la giao diém cua

AC) va SO thi BD,// BD va S5 _2

SB 3’
Viane, oA - I 1 v (V1athé
=~ e Eaghe — athe thh SABCD)
Vewe 3 2 |
1 = A
= Vi, :EV. Cling nhu V&Y Voo =—1~V.

6

1 V
Vay Vi =Vogen, = E-V- Suyra L= l )

o V2 2

Ciu 39. Dép an A, vi €6 BC=2BH =23, 4y — |
nén SA = AHtana =12 =2, 0, 13 dé; Xing
CﬁaA qua chi O]A = OIB = OIC = Rl,

- BC =2J§=4
’*sinB?é [_3_
| 2
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Cau 47, Dép 4n A vi néy goi H la giao diém cua
MM' vsi (P) thi gia thiét bai toan suy ra
HM' = 2mM  pidu nay din den

HM' = 253 hoic HM' = 2HM . C6 thé tim
duoc toa do M’ (ban doc tu lam).

Ciu 48. Dap 4n A vi tinh d(1, (P)) =.;l, tinh 7 béi

? = R? dz-l——l-é—-i.

25 25
4
tuong tu nhu trén nhung d(/, (Q)) :&g.

béi véi (Q) lam

/ﬁ.

“Ciu 49, Dap an (A) vi sir dung dang mat phing (@) : i"'f +2 = 1ia b

Do M(1; 2; 5 thude (@) nén l+z+—_1 Thé tich O4BC I3 V_gabf

Ap dung bat dang thire Co-si voi ba sb duong £ —i— = thi c6 két qu
a=3,b=6,c=15,luc dé A(3: 0: 0), B(0; 6; 0), C(O, 0; 15). R4 réng if

l4 trong tdm AABC.
Ciu 50. Dap an D vi thdy d, // d,, dy, dy nam d,
trong (P): ytz —-2= 0, d4 cat (P) ta1
My(4; 2; 0); dy qua M, va d2 khong ndm
trong (P). Trong (P) c6 vo so ducmg thang

qua M, va cat d), dj tic 1a 6 vé sb duong
* thang cit cad,, dy, ds, d,.

Ddp dn Dé 2

A Da A bi A Pap [ ]
Ciu z,mp Ciu énp Cauﬁ ai::np Ciu
] D 11 A 21 | A 37
2 A 12 A 22 A 73
3 A | B C 1233 [ B T35
4 B | 141 A "4 T RT3
5 D 15 D 5 | A T35
6 C | 16 o 26 | A [ 3¢
T 7 A 17 C 2] D [ 377
g A 18 | A 22 1 ' B [ 33 T
9 A 19 A 29 | D 35
10 A [ 20~ ATT30 & T35
i
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n
DE 3
éﬁi § - Huwéng dan giii
C;’iu 1, Tiém can ngang la y = 1 nén dé thay dap an ding 1a B, vj lai (s thl‘ &
' a1 CO thé viét

y = 1+—— nén clng suy ra dap an do Chil V. d3 ki bas o .,
x,__ZA 5 ‘ uy, dé bai hoj tap gid tri cha
khong phai tap xac dinh cta ham sé. |
Cﬁu 3. Dé't Xl = X - 2’ Y
x+1
y—x—2
hoc & 1op dudi).
Ciu 4. Chu ¥ tinh chat dao ham triét tidu, ddi du tr d
doi qua xo thi ham dat cyc dai tai x,.
Ciu 5. Ce‘m bi€t viét phuong trinh tiép tuyén cua dd thi ham sb y = Sx) tai mot
diém cua do thi do. : S

=y —1th @& =
| 3 .-y '”ch P2y =y 4+ 1, do
< ¥ =—.Viaychon C. (0 day c¢o khac vai

X

phép dbi hé toa do da

uong sang am khi x thay

Ciu 6. Do hai diém cuc tiéu cta do thi déi Xung qua truc tung nén chi cin xét véi
mdt diém 1a du. .
Ciu 7. Nén phac hoa do thi : diém (1; -2) 14 diém cuc tiéu va do xét trén khoang
(0; 2) nén ham s6 khdng dat gia tri 16n nhit.
Ciu 8. Khoang céch diém roi clia vién dd dén O 1a X =— . dao ham cia X
m-+1

(theo m) triét tiéu khi m = 1. ,

Ciu9.Viham s6 lé nén b = d=0. Tr d6 do 2)=2vaf'(2Q)=9suyraa= 1,

=3,

Ciu 10. Viét phuong trinh cua tiép tuyén tai diém cua parabol ¢6 hoanh d6 x¢ thi
thay chi can chon xo=—2m. _

Cdu 11. /13 chiéu cao hinh non thi ban kinh r cia mat day hinh nén xac dinh bai
r’=h(2R —h) tir d6 thé tich khéi nén ¥ = §h2(2R —h). Chi vige ldy dao
ham cua V theo A suy ra két qua. o

Ciu13. Ham s y = log, x (véi moia>0,a# 1)cotap giatri R.

- Ciu 14, Phuong trinh 16 —2x—x° =1 ¢6 hai nghi¢m x =3 vax = —52, chicox =3

théa man x? <16 . Con trong hai nghiém cua phuong trinh x~ = 16 chi ¢6

x=-4 thoa man 16 -2x—x">0.

Ciu 15, Chy § ring 0.2 = - nén bét phuong trinh viét duoc dudi dang
“ s

logy(x—3) < log,(5?) <> 0<x—3<25.
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log, 5 log, :

e —

Ciu 16. log_;S.z log, 6.log, ZE)_g?Eﬂ 58, g

: - =1
Cau 19. Chi § ring (+3 ++2)(3 ~2) " et gt v h
Ciu 21. Dé thdy x = 2 (trong dép an D) la mC

) ' ‘ : Cpam 6 h ich bién trén R 4 {
(1] +(£] —1, vé tréi 1a tong hai ham so nghich b € thy
2 2 ’

phuong trinh chi ¢6 mdt nghiém do.

ét lai phuong t

- i et L 13 L 4 1 én ham ting phan.
Cau 23. Chu y ring dao ham cla - la = de tinh nguy

Cau 24. Viét xIn xdx = %11‘1 xd(x*) dé tinh nguyén ham timg phan.

Céu 25. Chu y ring L d(Inx).
X

g 1 T
Céu 26. Chu y rang trén doan {—;1} ham so khong duong.
-.e

Cau 27. Parabol y = x(1 - x) ¢4t O tai (0; 0) va (1; 0.

Cau 28. Can de y nguyen ham cta ham s§ [ién tuc trén mot khodng méi xac dirh
sa1 khac hang sd. ~ |

Cau 30. G 1a trong tam cia tam glac ABC thi G xac dinh bi OG = 1 (OA + OB+00
N I 3 I
Cau 31, Chy Y rang hai

vecto OA = (x,3),0B = (
g0c vé&i nhau,

~Y»X) €6 cling modun va vuing

Cau 33, Viét 7 = x 4 y(x,ye R), tinh 2!

: sy fO1 tinh MSdun cia ng (néu Ch"ﬂg
biét ring modun er x ' .

’ wg . n cua. ,lhw?g bang thuon o e Mddun va 113 khos‘mgl
cach gitra haj diém bicu diép 2, 2’) a |z —Z l a

A ~ & -‘@
Ciu 34, D& th3 tan—=_ i we s —
| y 2~ 5 Wdbting gy AOB .
& ru dimg ¢ op .
thi ¢c¢ cung chiéy cao. "8 chu vi

day va .. -
A 3 V.va “Ung dién tich xung que’
Cau 37. Mit ciy ¢ ban kinh A = A '

- Céu 36. Haj khé; l3n
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38. Goi / 1a tam c:ila hinh vudéng ABCD thi khoane csp. o ; ;
(SMN) bing ba lan khoang cach tir 7 dén (SMN) & cach tir C dén mat phing

" 9 LicH, A kh s A ' ‘ «
cao ké tu [ cua tam giac vudng SIK, K la trung diém 23:%23611 nay la duong

cu 39-Mat cau ngoai tiep hinh chép cling 14 mat cau ngogi tiép hinh hop chir nhat
| : g t.

Chu

ciu 40. Ban kinh R cua mit cau xac dinh boj (h—Ry?*=p2_ a’ d5, s el
| = cua
O % B 2
mat cau nam trén dudng cao SH cia hinh chép, cach déu dinh § va mot dinh
ciia mat day. , '
ciu 41. Ki hiiéu 0, O 1a tam day trén va day dudi, /13 trung diém 00’ K 1a
trung diém cua AB thi canh a ctua hinh vudng ABCD thoa min a = 4B = 2JK
b] i} ] hz 2 2 ,
K =10+ 0K~ -——'_--—+r‘-—a— ,suyraa= -3—':.
| 2. 4 2
Ciu 42. Hinh thang ABCD la ghép ba tam giac déu; goi S 1a giao cua cac duodng
thang AD, BC thi dién tich can tim bang hi¢u s6 dién tich xung quanh cta
hinh non dinh S, day la duong tron dudng kinh AB véi dién tich xung quanh
cia hinh nén dinh'S, day la duong tron dudng kinh CD.
Ciu 43. Goi H 1a tam cta hinh vuéng ABCD thi H la trung diém ctia AC va K 1a
diém sao cho 7 la trung diém ctia AK.
Ciu 44. Phac hoa hé truc toa do Oxyz, mat phang y = 1, thdy ngay trén truc Ox c6
hai diém (1; 0; 0), (—1; 0; 0) va chi hai diém d6 thudc quy tich ; suy ra quy
tich 14 hai duémg thang song song vdi Oz di qua mo6i diém do.
Céu 45, Lang tru dung day 1a hinh vudng canh béng J2 chiéu cao bang 2.
Ciu 6. M = (0, y, z) thi AM? + BM? =2y = 4y +22° +10=2[(y - 1>+ 2° + 4],

: A 5 4 A A 2 2
Co 1& cach nay con nhanh hon la tinh s& nho nhit trong bon s6 AM" + BM

véi M 1a diém & céc déap an da cho ?
Ciu 47, Khoang cach tir O dén mit phéng do bang 1.
' b |

Cu 48, vig; phuong trinh dudng théng dang tham sb {y=2-t;cantimfde
g= 2

: |
YHy=dupc A+ (2-1)=4

01 i N

9. Viét M = (x, y, 2), va théy néu tinh Y
dupe mgt bidu thitc bic hai dang 2+ ¥+ 2)
hon dép 4n A hosic C. Dé biét A, hodc C thi €t

A2+ MB? - MC® theo x, }, 2 thi
Y+ ax + by tcz + d,'do do,
can thur 1 diém : chang han
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Céu 50. Hai dudng théng d6 chéo nhau,

chon M = (1; 0; 0) thi biéu thic d6 bang 1

ndy gon hon céch tinh truc tiep bied
trinh mit ciu Jvc?'-l-y2 +7-1=0.

dudng trong mat phéng x = 1, hai mat
goc chung cua hai duong thang la Of, 1=

tiép xuc hai mit phang dang xét theo tha tu tal
dudng thing d6. N6 c¢6 ban kinh R = —; nén ta chon dép an B. (Co thé suy

lun chat ché: d6 1a mat cdu ¢ ban kinh bé nhat vi n€u co mé’t cé‘u\l bén kinp
R tiép xtc d tai P, tiép xtc &’ tai' P’ thi 2R>PP'2 Ol va c6 dau bang khi v

chi khi P trang véi O, P’ trung voi ).

nén cho

thie d6 theo X, s

n dap an A Co thé Clgy
z dé duoc phu@ng

ot duomg trong mét phang x =0, y,
‘ phang nay SOng so}\ng; duong Vudng
(1; 0; 0): Mat cau dll’f)’l}g kinh 0)
O va I nén tiep xic by

Ddp dn Dé 3

= : , , ]

Ciu *Zl" Ciu 2‘:}” Ciu *;";" Chu *:,;'lp Ciu *;?1"
1 [ B | 11 B @ "D | % D 41 | D
2 Al c |l 21D n A 42 | Al
3 C 13 A | 23 B .| 33 D. | 43 C |
4 B 14 | ¢ [ 24 | A 34 C 44 D#

5 D 15 | D | 25 D 35 B 45 D
6 B 16 | D | 26 | A | 36 c a6 1 all

7 D 17 1 € 127 ¢ [ 37 g 2
8 # 18 D 28 A T o -

9 D 19 D 29 TT*——A& i D
0 | D [ 20 [A 30 p T B | 49 | A
' D - | B 50 | BJ

DE 4
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- 4, Db thi ham s6 da cho ¢6 tiém can ditng x =
ca nén A, C, D khong thé Ia phuong 4n dung. Chon B,
5. Str dung 'Tquy tac thit hai tim cuc t{i, ta théy X =4
=0 la diém cuc dai. Gid tri cuc tiéy |3 y=2 (gi
Chon D.
ciu 6, 10- Sir dung quy tac tim gid tri 16n nhét, nho nhit ci hagy o4 trén mot doan,

12 hai diém cuc tiéy,

Ciu
4111 ham 6 taj X =12),

Ciu 7. Phuong trinh xac dinh hoanh do giao diém la 2 — 7 _ X+l
' x+4°

ciu 8. Ki higu 4 (x53), 4, (x,;»,) 12 hai diém cuc tri clia d6 thi ham sé. P& -
4,4, cach déu truc tung, diéu kién cin va du 13 X +x, =0, Can tim m dé
y' ¢6 hai nghiém phan biét ¢4 tong bang 0.

mix*=1+1 myx’-1 1 ,
Ciu9. y= = + . Do do
x+1 .x+1 x+1

':m!x+1’ x =1 . 1 _m[x+l" x—]+ 1 _m‘xﬂl
x+1 (x+1)2 x+1 x-l-_l Vrel w43 x+1

~ Vivay rlirlly =m, rl_i)riy =-m, hai duong thing y = m,y=-m déu la tiém
can ngang. Db thi cb mot tiém can ngang duy nhét khi m = 0. Chon C.
@ull.C6 y'=3x+6x+1+m. Cn y'<0,Vxe K =(~1;1) hay
m<-3x’ —6x -1, Vxe K. - .
Lip bang bién thién cua ham sé f(x)=-3x"—6x—1 véi xe K ta thdy yéu
¢u duoc thwe hién khi 7 <—10. Chon A.

A ' = | 4 . oy
U 12, G Y ring 1,5_—_%-_—[2) , phuong trinh dugc viet lai thanh

2 =53 x+l
(5J ) ( '5] . Phuong trinh cin giai tr¢ thinh 7—-5x=x+1. Chon B.

Ciy i
e 3. 8 dung céng thire (u) = au""u'.
4. Gigj b4y
g,

t-h3{+l<0_ Tip nghiém duong cia bit phuwong trinh nay

phuong trinh x? -x-2 > 0.

; . g - i B inh
# 1=27, din dén viée tim nghi¢m duong cua bat phuong

]
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| 3445 jch 16garit kg
O t 3+4/5 - 3*\/3—(27‘ G bang cich log 02 the,
e < . 9
2 2.
co s6 2 (khong déi chiéu). Chon C. %)
< _ n
Cau 16. Viét f(x)=-Insinx,g(x)= In(1+s

, o
str dung cong thie (lnu)' = —.

Ig8

8______.

Cau 17. Sir dung cong thirc ddi co sb, ta duoc logs, g 30
St dung tinh chét 16garit va gia thiét ta duoc

lg8=1g2’ =31g2 = 3lg-C ~3(Ig10-1g5) =3(1~a);

| 3(1-a)
1g30=1g(10.3) =1+1g3=1+b. Viy log,,8 = T Chon D.

Cau 19. Cac phucmg an tra 10i déu cho cong thic tinh g theo b va c. D¢ tinhg
' theo b va c; ta 16garit hoa co s6 10 cac dang thirc didu ki¢n va nhan duge

1
= l)valge= 2). Thé (1) vao (2):
RS W | |
] l1-lga ] 1 ]
= = =———+1 h — ) | h 1 = .
B 1 -lga  1ga ¥ lga s B
I-lga-

Mii héa theo co 56 10, ta nhn duoc phuon
Cau 20. Str dung log, UL2<=0<u<s, ta thay

v 81% | 31 1Y
(*) ©0<log, | 2" -=— S4<:>log11<log](2” <log, ;
2\ 16 2 2 i\2

g an dung la A.

16
, 1 3]
Dodé ()= —<2 “1¢ <! Chon B,

Ciu 21. Vi 742 +7>0, Vx nén bit Phtrong i

2 h trong duong V¢
7x? +7<mx +4x+m hay X “4X+7 , i
X +] ~<m. B4 Phuong trinh nay ¢

phal ding véi moi x > 0 Lap

7x? -4x+7 b&ng blen thién sl ham SU
f(x)=

VOi x:>() ) p
). Chg ¥ rang Vi (x) _____:iz chi bi it

. : - (27 +1)
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Cau

Cau 2

Cau 2,

Cay



1€0

rOAN-®

tiéu tai x=x%l va f(o):7sf(1)=5sxl_i,r&f(.x)=7nén yéu ciu f(x)
vx>0 dugce thue hién khi m>7 . Chon B, X)<m

3. A ding theo tinh chit

2

cin 2 Juas=u(xysc. g ding  do
[(u+v)dr= judx+ véx. D ding theo dinh nghta (Jue(x) &) =u(x).

Chon C.

1 1 :
| i = — & 1
ciu 23. Vi Icoszzxdx—ztaﬂﬂc nén F(x)=5tan2x+C. Do dé

=% ,. 1
F(%):O@—+C:O.Vay F( )—Etan2x—— Chon A,

ciu 24. Gia st s = f(r) 1a cong thirc chuyén dong cua vat i cho (tuc la 1 ()

cho khodng cach tir vi tri clia vét tai thoi diém ¢ gidy t6i didm gbc hé quy
chiéu). Theo ¥ nghia co hoc ctia dao ham thi

f'(;) =v(t)=2t- sin[m + —2—] =2t —cos(-nt)=2t-cos(xt).

Do d6 sau 3,5 gidy, vat di chuyén duoc mét quang duong la

Chon B.

=%—9- lw12 57m=1257 cm.

v/

| Cau 25. Tu phép dﬁt suy ra vx—1 :.t—_]’x =f2 —2[+2,dx=(2f—2)dl. Dél cain:

x=l=¢=1, x=2=¢=2.Tixdé A, C, D ding. Do d6 B sai. Chon B.

| Cau26. Vidt xqx = l d (1 +x ) o i dung cong thic tich phan timg phan.

Chu 27, Dién tnch can tmh 1a

1. ' ]

S (]elanx : (]e{an_rd tanx = :E__eﬂ :eﬁ_IChon D.
o . cos’ x 0
. 1 v o)
S0 (2- x) _ 2: t 2 -

Ciy .
iy +Dsaivis01ash phuc véi phan thye va phén do n hop va modun

130 Xem lai cach tinh téng va tich hai sb phuc, s6 phife i€
“a m¢t 54 phire. |
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g A 5 2 -
:x2~y2+2xy;_ So phuc Z dl.r(_)’c bléu

R v NE _ . R thi 2’ \
Ciu 31. Néu z=x+yi;x,y€ y? =0. Py la phuong trinh ip

dién bai M(xz ——y2;2xy)  MeOy<e xt -
dudmg phén gi4c cac gbe phan tu. Chon D.
Cau 32, Viét lai phutmg trinh d& cho thanh (Z fo 4)( 2
nghiém théa min z’=4 va hai nghiém théa man z°=-3 Viy
T =24%+2.(-3)" =50. Chon C.
3x=2y+l
y=2-x.

2 3) = (. Phuong trinh ¢4 ha

Ciu 33. Giai hé phuong trinh {
Cau 34. Neu M (x;p) 1a diém biéu dién z thi

z=x+yi, z—v.=x—a+(y¥b)i nén |z-v|=\/(;—a)2+()’_b)2 .
Diéu kién iz—v]=1¢;>(x—a)2+(y—b)2=1.Ch(_)n C. |
Cau 35. Tir gia thict suy ra cdc mat ASB, ASD, ABD cia tir dién SABD 14 ba tan

giac vudng cén bang nhau c¢6 canh géc vudng ba‘"mg a. T dién nay cé thé

, 1 1 ,\ o ., a
tich /] i =.—6—.Ta €0 V=2V =" Chon B.

Cau 36. Tir gia thiét ABCD 12 hinh thoi véi gée 4 < 60° suy ra ABD va CBD i
hai tam gidc deu bang nhau. Goi @ (cm) 1 d0 dai canh hai tam giac déu do
thi BD=a va AC=a\3 13 dudng chéo nho va dudng chéo 16m cia hinl
thoi ABCD, suyra B'D 13 duong chéo nhd, 4'C 1a duong chéo 16n cid
hinh hop. Vi vay B'D=a3 . Tam gigc vUdng B'BD ¢é canh huyén o'’
canh goc vubng BD=a, suy ra B'B=ay3 e 46, khéi hop c6 chid

2
cao av2, dién tich day 4 V3 PN 3 .
Y 75 vact thé tich V:Lf,yi y =243 ti

bRl A D DEBCE, 45 5., 1,
- Ad'M = —dt .
V‘lvﬁy A'M:_I_AI'D|_ 4 AAD Y -

2 2 =6 cm, ChOn C
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C bidy

1 CO haj

a ba tam
y cO thé

CBD la
c déu do

cua hinh
» 16m cua
fén aﬁ s

c6 chiéu

_24/3 thi

N//A'Bl'-

3. Ki hi¢u x la do dai (tinh bang cm) clia canh day hinh
e this ty 12 rung diém AB va DC. Goi H Ia hinh chiéy vudng goc coa M

s thi MH L (SCD), khoang cach tir 4 161 mt bén (SCD) chinh laa. M};? OSg
go tix gia thict suy ra tam gidc vudng SMN c6 hai canh géc vudng 12

M =__‘2[—_ MN = xvacodu’ongcao MH = \E

chop. Goi M, N theo

1 1 4 1

,. 7
Vivay___;_\{_.-?’__z_-{-?— > 2<:>3x2+;2-=§<:>.?€:l.ChQnB.
2 7

. N e . A - , ’ , a )
ciu 39. Tir gia thict suy ra khdi tru ¢ ban kinh day 5 chiéu cao a, dién tich

xung quanh la a.27. -621 =zma’. Chon A.

Chu 40. Khdi tru ¢6 chiéu cao 10cm, ban kinh day Scm, thétich ¥ = 10 .52 =2507 et
ChonB.
Cau 41. Ki hiéu ¢ 1a d6 dai canh hmh lap phuong th1 kh01 nén c6 chiéu cao a, ban

kinh day E - khéi tru ngoai tiép khdi 15p phuong ¢6 chiéu cao a, ban kinh

a2

day — - Dodé khéi tru va khéi nén c6 thé tich ¥;,V,, twong ung la

2
f2 3 2 3
K:a'ﬂ a =an’ szl.a-n(ﬂj =ﬂ.
‘ P 3 2 12

Tirdé ¥, = 6V, . Theo gia thiét c6 V, =lcm’, suyra V| = =6cm’. ChonD
Chu 42, Goi ¢ 1 d% dai canh cua tam gi4c déu sinh ra khéi nén. Nhu vay, khoi

A r . A a
non ¢¢ chiéu cao dn_en tich xung

3. va bén kinh déy -2— duong sinh 4,

' - R
Quanh S, *zra(;) ﬂ Khéi tru c6 chiéu cao —q-z—— ban kinh day 2’
Z2

dién tich xung quanh S, —271-; az3 ﬂazf Khir o' ta duoc

z=SIJ§.

The() glé thlét S] = 2\/?: sz suy ra S2 = 601’1'12 Chon B.
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, |
suy ra D sai. Ca ba phwong ing |

—
|

3
2 ; _..;2;3J
Céu 43. T gia thiét suy ra 7(1;2;3),/ [ 5
| —(1 () 9- |
; LA x ___0,0 ’AB 0,2,4 Su |
B, C d&u cin tinh vecto 1/, tir gia thiet thay 1J (2 = J ( ) Yiy | =

1J.AB=0.Do dé, A ding. - | ong 86 v6i (2] g

Ciu 44. (P) ¢6 vecto phap tuyén v(4;1;0), Céc vecto vuong go phij .
i |

¢6 toa do ti 18 véi toa dd cla v(4;1; 0) Chon B. | ;

| |0—6—-2+1] _ 7 . |

Jat+3# 42t w29 |

Cau 46. Tur gia thict suy ra 4B(3;-2;0),CA(-1;2;1). Tich ¢6 huéng cia hai | |—

\

Céu 45. Chon D, vi khoang cach tir / toi (P) la

vecto nay 1a n(-2;-3;4).
Do d8, (4BC) ¢6 phuong trinh ~2(x—1)=3(y - 0)+4(z~0)=0. Chon B,

 Cau 47. (P) ¢6 vecto phép tuyén ;1(2;3;1) ciing la vecto chi phuong cua d

_ Gy
x=2+2¢ C
Phuong trinh tham sé cua o 13 Y=3+3t. Toa d3 g1ao diém cua d voi 0 ‘
z=5+¢
| C3
duge xac dinh bdi nghiém cia hé phuong trinh {24— 2= cns 1. G
p 3+3t= 0
diém 12 (0;0;4). Chon D.
] Ca
Cau 48. C6 hai mat phéang SOng song vé;

(P) va céch 4 o
Vi viy, A va C khéng thich hop. Haj ms¢ phénA o

song song v&i (P) nén B cling khén

Ciu 49. Tir phuong trinh x4c dinh 4

ng mét khoang 4 =6

" g trong sn B khong
g thich hop. Chop Lg) phuong 4an

. SUY ra tdm my;
nén A vabD khc“)ng thich hop Thy .

(hoge thir C thély thich hap, chron C)B thiy khe

Cau 50. Biém M ¢6 toa d6 thod m3 ‘ ‘ |

_ [(13_1'-0) do d6 I,}}(I.O,O;rllf)huong trinh (S) nén M e(S). Tam (S) Ja
b ’ L] U a v ,

ecty phép tuyép, Cla (P). Mt phaing (F )

qua M (0;~1;0) va g vecto phg A
trinh l.(X—0)+0.(y+]_)+0.(z__0)::Ot-)fo(fl,O;O)nén (P) 6 phuon
. =Y. Chon B,

cdu phyj c6 dang 1(:;—«1;") Cay
1€ thich hop, suy ra chon ¢
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24n A

Suy ry

) pha;

ua haj
n B,
cua d.

von Oz

. Giao

Khong
-1; --f)

hon C

[S) Ja
; (P)

huong

ip 47 — ;

: W 5 bap a bip E*““T“*h—-ﬁa__ﬁ_ﬁ
M. : Cau . Ciu , Cau | Pép )
|Cau J_n' - an an L | Ciu ,ap
g I S 2 S - A Y e o L
L/z”‘ B 12 B 5 C T?m%h_l)ﬁ_
<] ¢ | 1B | ¢ [ 235 [ & 5% A T ——
[, ; — i

[ B | 14 ] A |2 B |34 T g
5| D | 15| C | 25 | B | 33 B | 4 g
oD 16 B 1261 AT A4 s
171 A 17 D 27 | D | 31 ¢ 47 T
iL’S— B 18 B 28 B 38 B | 48 D
Ty | C 19 A 29 | D | 39 [ A [ a9 [ ¢
10 | D 20 B 30 D 40 B 50 B

A
DE 5
Goi y - Hudng din gidi
Ciu 2. Tir bang bién thién ta thé‘iy dd thilcé tiém can dimg x=-1 va tiém cin
ngang y =1 nén A, C, D khong phu hop. Chon B.

A 4 l C
Cau3.Hém sé y=h’ll2x_ll co y’:z——%—].Nhuvéiy y'>[]<-:>x6(5;+oo) nen

C ding.
Gud. tim y = oo, lim y = L; @b thi ham s6 c6 tiém can dimg At
Y—pen X—w 2

2
Ngang =—;— nén A, B, C khéng phit hop. Chon D.
i A : . L. f_ = 0
W3.Tacs p=sin 2x,y"'=2cos2x, y"=-48in2x; y _0@§os2x

¢>2x=i%+k2ﬁ <:>x=i'—;£+k75,kez-

v .4, ctia ham sb
b y"(i&r k”] - —4sin(+£+ 2kﬂ'] = 4. Céc diem cyc tien 8
4 2
i =-1.
‘ i i i =sin —--""Zk”J
lax?"E-Fk?r.Cécgiétricuetléula y(*z‘”‘”} 3 ( 2.

Chon .
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7 7% | phuong trinh y'=0 ¢y
: khoang U |
Ciu6. y'=0< 1-sinx=0.Trong 6 3

f S lan |
al ___g_—_,___-" II
mot nghiém 12 ng-. Gid tri ctia y=XTCOS¥ =5 7 \2/_ 3 Al
' 3
"B 3 o el S Bhan
T \f_ir St s i )L = :
T sy Dot my= T 2

-1
2 " 3 5
Cau 7. Phuong trinh 2x-$ = §+—21 c6 hai nghiém x=2,X = 1 Chon C.

Céau 8. Can tim m dé y'=0 co hai nghiém phan biét voi tong bang 0. Ci

,y._x "+ 2mx +2m - 2 D1euklen X +% = =0 2m=0&< m=0.ChonA

(x+m)

Cau9. lim y=0.D6 th1 c6 mot tiém can duy nhat 1a duong y =0. Chon B

X—teo

Cau 10. y'=2cosx+2coszx=4cosgcos§2£. Trong khoang (O; —?gi) phuong

e ; a : i V4 ' :
trinh y'=0 c¢6 ding hai nghiém x=—-3— va x=m. Gia tri cua y W

sz = 35: A ;\/-3 \f'
—0, —_’ p—t — — L] 3
X X : k=T X lan lugt 13 0, —.0,-2. Do d6 M=—:

m=—-2 " tich Mm '—""3\/5'. ChOl’l B. |

A . fioe 3 2
G 1. (G0 y'=wme’ 42 =9)x. Can tim m dé ¥' ¢6 ba nghigm phan bi¢:
tirc 1a tam thirc bac hai 2my? +m? -9

g0 Phai ¢ hai nghigm phan biét khic’
>0, thc la m < ’

Vay phai cé
3,0<m<3 Chon C.

Cau 12. Viét lai phuong trinh thanh 10+-3 Ix-5
trinh ¢6 hai nghiém x = Lx=2 Tong D
c

h& i ong
sc Yy x*-3=3x-5. Phu

Ciu 13. Sit dyung cong thic ( ) nghiém 13 3 Chon A.

=Qu ‘lu'
Ciu 14. Ham sb xac dinh khj v3 I
chi khl x ¥

Ciu 15. Chia ha.l vé bét Phuong trinp h
cho 4x

VA dx {s5Y : i
phucmg trinh 2¢% 44 . e (E) > (0, ta duoC 2
v

1 > 0 N *a

g ghlcm du
_ Cua b-?'tt h . Ao ¢ nay
512 ' Phuong trinh an ¢




i
i'

|
%
!
|

i
1

5Y 1
t phuong trinh tré thanh [ ] > 1
r>5- ‘Bat p 2 2¢3x>l°gsz<:>x>log}2,
Chonc- :

| 4—-2x
i 16- e~ 4x—x°

ciul7 Sir dung cong thire doi co s6, ta c6
qu17. S0 dt

= /'(2)=0.ChonB.

1

loga!d-l \ (12 +1 8 1 ' 1

6f 2411 = - = 1
log s Va +1 B i gty
gﬁ loguzﬂ \/5 1 I 3 310gu3+l 3 logazﬂ 27 b2 1 .

2 ga I
Chon C.
log, c+log,c 1 ] |
co : = + =log b+log a= .
| Cin19. T2 log, clog,c log,c log,c - g.a=log, (ab) log., ¢
l :
Suyra log,c= og, clog, ¢ . Do d6 B diing.

| log, c+log, c
Cdu 20. R3 rang A, C, D ding. Do d6 B sai. Chon B.

(21 Djt r=3" (1 > 0) thi bt phuong trinh tré thanh 1> +3 > m (1 +1) < m < - *13.
- r+
1 , y e i a g Cpp B ES :
Can tim m nhé hon moi gia tri cuia ham f(r)= oot (1>0). Ta co

(1 1423
)= (!+1) |
Chi y ring £(0)=3, £(1)=2, lim f(r)=+ nén min f(r)=2. Phaico

{400 1€(0: +a)

. Trong khoang (O;+co) dao ham chi triét tiéu tai /=1.

m<2.Chon C.
o - 1
C“ \ 1 l 2
au23, F(x) 12 nguyén ham cua sin2x nén F( ):—50082x+c F(Z] C+2

r 4 i ) l
Do 46 didy kién F[g] =145 C ——21— nén F(x )=ﬂ5c052x+—2—. Chon B.
C i vién dan
"4 T y nghia co hoc ctia dao ham suy ra tai thol diém’ t =1, hai vien &

"Il

i
p — 12 +51,. Tim
Cach nong sting lan luot 1a s, -j312dt-f 8§, = J 2’+5 Y=t F e
"ehiém duong ctia bét phucmg trmh

2 -
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.+~ oiav thit ba, vién dan thi nhj; | 4u
ta duoc :0>1+‘/ﬁ=2,79. Do dé tur giay . | %y C
diém xuit phat hon vién dan thir hai. .
Cau 25. D sai (khong ddi can). s T - |
. . ; i e - ' Al
- Cau 26. Ddi bién 1 =[x rdi tich phén timg phén, ta c6 Ca
it o st sty
| cos/xdx = J'cost.Zrdr=_f2fd(Smf)= 21sin |2 )
0 0. 0 Chu
5
=7 —Z'fsinfdt =x-2.
0
Chon A, _
. T ; r T . ) T
Cau27. §= ﬂl+sinx—0032 x’dx = ﬂsin2 X+sin x]dx = J.(sm2 X +sin x)dx =—4]
0 0 ; 0 :
Chon B. ]
. ' 2 . I - |
Cau 28. V = HI[(x2 . 4x+6) —-(sz ~2x+6)2]dx =g .[(—~12x3 +36x> —24x)tﬁf
g ' 0 't
1 )
I(—12x3 +36x° ~24x)dx = (—Sx4 +12x° =122 )r =-3: V=31 ¢
0 9 ' Cau 3;
Chon C. ¢
gﬁu :2;3 ; =d—1 I I:.Zi phic Vd}il phan thuc ~11, phin 40 ¢, Vay C sai A
au U dung dinh nehia 1 &
- phuc' g ghia phep chia hai s phire va dinh nghia médun cua mot .
Cau 3L Néu z=x+yi thi 22=2_ 2. . . , o '
ol e 2 S Y T 200 Néu g2 o diém biéu dién thuie S
truc hoanh thi 2xy =0 Bay 14 phiron ik T
e, & i hai truc 10a 43, Chon D. |
Cau 32. Giai hé x -3x=y+],5y2+y+1_yz+2 ¢ ' A
. = " _
4J’2‘J?—5=07J’=x2-—3x-—1, _ d hay
HE c6 4 nghiém. Chon C. v
Cau33. i’ =17 =i j* 1 s =i Cay 3g
D? dé n moi ke N’ i‘w = lyfl‘”:” = i, f4&+2 =~] {'41{1-3 g(')-l
V&Y A, C,D ding. Chon g il
thj
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nhj; Xa

cua mot

n thudc

{

Néu’ z:x-l—yi thi Z(i+1)-—.1—-—|f=(x_1_y)+(

» 34- x“‘l"‘)})!I D ’ X
Chu b g Cues . - Do do, diéu
i t dé¢ bair tr¢d thanh 1\
ign cho TTORE b - y) +Hxr-1+y) =2 hay
(x—'l)3+.y3 :IChOHB. s '

35, Sir dung tinh chét: Mat' c’héq tam giac cua khéj 1ap phuon
(a chéo 1p phuong theo ti s0 1:2, suy ra AT =34 3\/5

 dai canh 1ap phuong thi dutng chéo 18p phuong bing x3 , i g su

g chia dudng
¢m. Goi x (cm) 13

cia 36- Ki hiéu ABCD.A'B'C'D' la khéi lang tru da cho, day 4ABCD 13 Kink

thoi voi goc nhon 45°. Ki hiéu a 12 do dai canh hinh thoi thi hinh thoj g
2
digntich S = a’sin45° = .

42
Ké dudmg cao AH ctia khdi lang tru thi 44" 1a goc ma canh bén 44" tao
vOl mat phﬁng day do d6 AA'H = 45°, tam gidc AA'H vudng cén tai H.

V2

Theo gia thiét AA'=2a=> AH = AR~ = a2 . Vi viy, lang tru c6 thé

2
a ey
V2
a=10cm = 2a = 20cm. Chon B,
Ciu37. Tir gia thiét suy ra 4BC la tam gidc déu. Goi O 14 trong tam tam gidc thi
O chia dudmg cao tam gidc déu thanh hai doan theo ti s0 2:1, do d6 tam gidc

tich ¥ =AH.S =a /2. a’. Theo gia thiét thi ¥ =1000cm’, do d6

p : ' ik 2 e e i A
ADE dong dang véi tam gidc ABC véi ti s6 dong dang Fi ti 50 dién tich la 5
‘Goi 4 1a chiéu cao ling tru (cling 1a chiéu cao hinh chép 4’.4DE). Ki hiéu

S la dién tich ABC thi dién tich ADE la gs. Lang try va khoi tir dién

| : : | | 4. 4 o
AADE ¢6 thé tich lan luot la V';h'S’szgh'ES:EhS _ Tu doé
4 | ' 3
VFE—?_V' - Theo gia thiét V| =27 cm’, suy ra Vz _ 4 cm’. Chon A.

. | i et whe SBA I
.54 12 dudmg cao cia hinh chép, ABCD Ia hinh chit nhdt née & Kb chép
80¢ m3 my phing (SBC) tao véi day. Dat h=54, V 1a thé tic

thiV‘:l'azathhaz | |

3 . * - 3 "

| . | <319



| | o ’ Zazh__Za @h a < SAB la tamg]
Lai theo gia thiét, V = 3 tir do 3 3

| vuﬁng_cén, goc SBA = 45°. Chon C.
Ciau 39. Ki hiéu a (cm) la d9 dai canh tam g ,
a3 E’_S_‘_/—z_ Pudng tron ndi tEp tam gide g,

ling tru ¢6 thé tich ¥V = 2a. i 3
canh a co ban kinh la r—-l— f—\[— = a\/_ Khbi tru duoc x€t ¢o the tigy
372 6 |
V =2axr —2an("f] 7A@ e khoi hai biéu thite tinh thé e
6

! r Y r 3
trén, tacd V| = % . Theo gia thiet V' = 3\/5 em’, tir d6 ¥, = 7 cm’. ChonD,
343 _ |

o
Caud0. V = hzR* v&i h=5m, R:%m_ ti do V=—f—~3,927m3. Chon A.

Cau 41. Hinh vudng 4BCD canh v6 cm ¢6 dudmg chéo AC = /6.2 =23em.
Goi O la tam hinh vuéng thi SO 1a duong cao hinh nén, OA la ban kinh ddy

hinh nén va O4 = iz£ =3 (cm).

Tam giac déu SAC canh 243 (cm) ¢é dudng cao SO =23.22 \/_ (cm)

nén hinh non c6, thé tich ¥ =2.50.7,04 =%.3.n.3 =37 (cm3). Vay C b
phuong 4n tra 16i ding. ' '

Cau 42. Theo gia thiét, thiét dién qua truc 1a tam
diém O cua AB. Keé dudng cao OH caa
OH =/3,0BS = 60°.

5
Nén OB =- =2,.8B=
sin 60° 20B=4. Khéi nén ¢6 dién tich xung quanh

7.SB.OB =87 (cm> ). Chon B,
Ciu 43. OD=0A4+0B+0C = (4, 0;3)
duong chéo hinh hdp nhén OA4,0B,

gidc déy SAB, tim day la trung
tam gidgc OSB, theo gia thic

13
a vecty ducmg chéo cuia hinh hop, d0 dai
ODE|ODl:J4 +00 43 25, Chon C
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m gig,

[

1ac ¢
ihé tich
thé tich
“hon D.

A

2\6 cm.

<inh day

= 3{(cm)

7ay C 1a

r]a trung
gia thiét

3p, 40 d&

5 vecto trong B ¢ cac toa do ti 1¢ vi

ciu 44. Chic bQ ba sd (3: -2; 1). ChQn B.

" e, Céc mit cdu rong A, B, C, D d€u ¢6 ban kinh bing 1, x4, 4 g
(v it cau rdi tinh khodng cach tr tam téi mat phéng (p) . 3x—42', 1 an; mz;
. . " 2 , h ¥ ) —=] = : C
6 tAm mét cau cho trong C cach (P) mot khoang bang 1. Chon C

d6 M khong thoa man cac phuong trinh cho trop

0 46, Toa
ciu 46 phang qua M. Vay chon A.

céu mé'lt
ciudT. Chi xét diéu kién thudc (P) . tathay A, B, C bi loai. Chon D.

g B, C, D nén trai yéu

ciu 48. Thay toa d0 A(1;0;0) vao cée phuong trinh cho trong A, B, C, D (yéu
chu phai thoa man ca hai phuong trinh trong méi phwong 4

n)s ta T.hé nga
B,C,D bi loai. Chgn A . _ Yy ngay

J Ciu 49. Tix phuong trinh cia d va d'ta thay (P):x=1 chiad; (P):x=5 chitad"
Hai mat phéng nay song song voi nhau va cach nhau mot khoang béng 4,
suy ra d¢ dai doan vudng goc chung ciad va d'l1a 4. Chon C.

ciu 50. Viét lai phuong trinh d ‘dudi dang tham s6 bang cach dit y=t thi
phwong trinh x4ac dinh d tré thanh x =141,y =1,z =—¢. Dudng thing d c6

vecto chi phuong ;f(l;l;ml), con mit phang (P) c6 vecto phap tuyén

' 5(1;1;2) , tir d6 un=0, suy ra d song song v6i (hoic ndm trong) (P). Thé

x=1+1,y =1,z =~ vao phuong trinh (P) ta dugc dang thirc ding véi moi 1,
vi vdy d nam trong (P). Chon A.
Dip in Dé 5
.| Dap . Pap . Pi . Dap A bap
Gl g | Cau | TP cau | TOP | cau | T | Cn | g
L1 B | 11 Cc | 21 | ¢ | 3| D |4 | C
2B |12 A | 2| D | 3|cCc|4]|H8B
'\i“‘““L 3 | B | 3 | B | 33 | B | 48 1C
e L D | 24 | D | 34 | B | 44 (334
[t-E | 15 ¢ 25 D. | 35 | A | % =
S—-A2_| 16 B 96 | " A 36 B ___‘Eg,__ -
>~ ¢ 1w ¢ 27 | B | 37 | A | % L ——
N e e SC - > 4 | C
N2 1 B 120 € 1B —-T5Ta]
']i —5 | 20 B 30 B A AR et
i
" 21

%
o
MMM NA '
! M 2016-2017 MON TOAN-A
|



pE 6
Goiy— Hudng dén giai "
Cau 2. Tir bang bién thién ta thiy tap xac dl

B, C khéng phu hgp. Chon D.
Cau 3. Cac khoang cho trong A va

oh cua ham s6 18 (=e05+0), vithé,

D h.u'a ¥ =0 lam ham s6 khong x4c dinh,
c

2%
- _ =22 cing déu véi x
vdy A va D khéng phi hop. Ta ¢0 Y __(lnx ) x?

Chon C.
ham sd nghich bién trén (—0; 0) va dong bién trén (0; +°°)

Cau 4. Ham sé da cho c6 tap x4c dinh 1& (-0 +°0) vi Vay B, C, D khong ph
hop. Chon A.

Cius. y'=2cos2x-1,y"=—4sin2x." )" _OCO cac nghnem la x= 6 +k7£‘(k€Z

Vi x:%Hm thi y"=—4sin§<0, x¥g+kﬁ 1a cac diém cuc dai.

Vi x=-%+k7r thi y"=—4sin;;[—>0, x:—%+kﬂ: la cac diém cuc tié
Chon C. ' |

=

(x-1)
- . p - . 3 I- :
x=1++2. .Gij tq cua y taj X=~§,x=1+ /2,x:3 1An luot la
13 13
ol 28 .
2,2+2\/2, do d¢ mgxy-?mmy 2+2v2 . Chon B.

) (3 x*—2x -1 -
Ciu 6. Troqg khoang (—2—3] dao ham Phe chi ¢6 mdt nghiém

hiém d —Je .
nghiem duy nhat x 5 Gi4 tr1 hém SO y :__-—(x+1)3 . ,2..?-

cua do thi la A(0; m), B(-

_ e y
OA.OB = m(m+4) Twhnayb‘%ﬁgoklu ( ,m) OB ( —2:m+ )
th1A=0,kh6ngdu ) o _0
O¢tam gigc 04p Vay h’ 4, tuy nhién khi m ~
Chon B
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& E

e s

.9, CO -
i x+1 B X+l ’ |
gem " = T 5 o im y= ,
¥ 2 S el -1
(m +1) x -4 (m1+l)|x| l"j}i m2+1”‘1l’12’y_m2+1'

X

pé thi ham SO €O hai ti€ém cén ngang. xll)n; y=+os. lim

X (=2) Y =*eo nén db thi

ham sO ¢6 hai tiém can dung. Chon D..

Cﬁll 10. Dét f:coszx, ham Sé) da cho tro thénh f(z‘)_: tzﬁt._l vol fE[O‘l]‘
khoa 0:1)5 S04 cénlh'“m TP
Trong khoang ( ) i ( ) ghiém duy nhat ¢ = 5 Gia tri cta f(1) tai
' 1 3 S
- - : . : ; — 2. i — A — 5
=01 42,1‘ 1 lan 'lu'grt la -1; n 1 nén M‘_._Lmz*z. Do d6,

Mm= :51- Chon A.

ciu 11. y'=3x" —6mx c6 hai nghiém x, = 0, x, = 2m . Ham sb ¢6 hai diém cyc
ti khi va chi khi m=#0. Khi d6 hai diém cuc tri cta do thi I
4 (o;4m3), A, (2m;0), hai diém nay doi ximg nhau qua duong thang y = x

BERE
5) ’125 \5

9

chi va chi khi 4m’ = 2m. Chon C.

2
Ciu 12. Chu y ring: 0,6:£:-3-;2-5—=(§J

3
J nén phuong

- nghiém 12 x =3, x=—%. Chon A.

Cau 13, Sfrdl:mg (ua)1___aua—lu1. .

x—2

X+

Ciu 15. Viét lai bt phuong trinh thanh 2 (2°+2 +1)2448.

it i e 7, gl R Chi y rang tap xée dinh
f(0)=gin(+* =x-12). () =505 )

Chu 14. Ham s6 dugrc xé4c dinh khi +0 e xeR\{2;-1}. Chon C.

' 3 D sai, Chon D
Cua ham sO la D:(-‘OO,—3)L_)(4,+OO) ma -'2¢D suy raDS&]. Cho
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a*3b

C3
Ciu 18. St dung quy tic tinh dao ham ciia mt thuong
(2x+1)9" —(x2 + ,\")9“' In9 M Chon A.
oy
Cau 19. Mi hoa theo co sb 10, ta co
M=1gA-1g4, &lgd=M+I1g 4, & A= 4,107,
Vi vdy, bién d6 A cia mdi trdn dong dat duoc tinh theo cong thi
A=4,.10"  trong d6 4, la bién d6 chuén, M 1a cuong dd cua trdn dong
dit. Tran dong dit & San Francisco ¢c6 M =8,3 nén co bién d§
A = 4,.10%°, Tran dong dit & Nam Dai Tay Duong c6 M = 7,3 nén c6 bién
d6 A4, =A,.10">. Dong dat & San Francisco c6 bién dé gép 10 lan bién dg
ddng dAt & Nam Dai Tay Duong (4, : 4, =10). Chon B. |
Ciu 20. Diéu kién c6 nghia: —x>0<> x <0 vi vay B va D sai. Theo quy wdc vé

cach bd ddu ngodc trong céc biéu thirc 16garit thi In? (—x)= (ln (—x))2 , C0n

=11. Chon C.
Ciu 17. log, 1+6=11 '

=4+llogdb—3loguc=4+
3 ta cO

y'=

In(—x)"=In((~x)’), vi vdy A sai. V6i didu kien x<0
ln(x3) = 1n((—x)3) =2In(-x). Vay C dung.

2 .

Cau 21. Phuong trinh di cho tuong duong véi mz(x+1) voi didu kién

, . X
x >—1, x # 0. Phuong trinh di cho s& ¢4 nghiém khi va chi khi m 1a mt gid

(x+1 : »

X¥>=1.Tacd f(x)=2"1 chi co mdl

nghiém trong D =(“1;0)u(o; too) (14 x 2

f(“l):Os}iT f(X) =—ws_}i,run- f(x) =+, f(1) =4, lim f(x) =+ nén ap
gia tri cia ham s6 dang xét 13 (~0;0] L[4 e
Ch(_)n D. ] [ ’+°°)° Viy me (—-oo;O)u[4;+°°)'

tri cia ham s6 f(x)=

=1). Hon nita :
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| Chu28. V=

24. Sau 2 gio dau (120 phut) luong nuoc thét thoat 13

C‘lu 120
) t+1
1_[0“({)6# (___g—)— = 590520 (cm?) hay 590,520 lit. Chon A
. |
0 ;
5 A S . 42
iy 95 (=12 =x =12 =0 1= d (5 )= d (1 41) = xds =1
R - 1 :
nénA,Bdung. Paoi can: x—\—/_gzw —._3’x?\5:”:1 nén C sai. Chon C.

chu 26. Tich phén tung phan

1:j1n(1+x)d[-—;}]=—1;1n(1+x)

~{:ldﬂn0+x»

1 S 3
=i 3 ——In3¥- dc =3In2-=In3=3In2-
In > J:x(x+1) 5 n 31n\/§.ChQnA.

2

7 Dién tich S cAn.tinh 1a dién tich hinh phing gi6i han boi x = y,x =%,
| 2

Cau 27.
y=0,y=3nén
31y2 2 3 3 yz 1 - |2f 2 3/ 2
§= ———ydy=j-—~ydy+j——ydy= J{——y]dy j(———y]dy
52 5| 2 s 2 2 -

(do %—y _ 0 chi c6 hai nghiém y =0,y =2). Dap s S=§. Chon D.

3 x6 ;
Jrr[——x“]dx
L9

Chu3l. Néu z=x+yi thi v=2’ ﬁ(z)' — 4xyi 1a sb thuan o,.c6 diém bicu difn

_ 4867 hon B.
35

thudc truc tung. Véy chon A. . ; ,
Gus. 24722 +12= 0 (2 +3)(2° +4)=0. Nhur vy, phucne trih c6 bon
- nghiém: hai nghiém cta 22 = -3, hai nghiém cua 2’ =—4.Do _dé
Tazt bzl z 420 =(<3) +(<3) +(-4) +(-4) =50.Chon©
C i
L (L) =2 (141)' = =4, (141) = 16,(1+i)"° =32i. Chon A
WH.NEw z=x+ yi thi |

Z= 1-2t:x—1+(y—2)i,3i+1—25=(1—ZX)+(2J’+3)I.'
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2 3
2 (y=2) |=(1-2x) +(2p+3Y
Dicu kién d& cho trer thanh 4[(x—1) +(y-2) } ( )
~ A. %
gon ta, duoc phuong trinh cho trong A,' Vay Ch(f;lB CA'B'C' ¢ Chur]g 4
CAu 35. Khéi chop G.A4'B'C' va khéi lang M s thé tich ¥ gép 3 13,
A'B'C" va chung chidu cao. Do d6 khbi lang try co tac tich ¥ g ¥ an th
tich GA'B'C”, tie ¥ =27 cm®. Goi « la d0 dai canh AC thi tir gia thié Suy yg

y rut

AB=a\2,V = 2@.32; =’ (do chidu cao ghp doi AC).

Tado a’ =27 cm?, a=3cm, AB =32 cm. Chon B..

1 1
Cau 36. NP 13 duodng trung binh cua tam giac C'B’D’nén §,..,, = 1 Seoppy = gS,,IB»(-.D.
Hinh chép MC'NP va khéi hop c6 chidu cao bz:mg | nhau v ¢
1
Sep =<8

g 2wy 0én khoi hop c6 thé tich ¥ gdp 24 1n thé tich khd: chép,

e la ¥ =120em’. €hon A.
Céu 37. Ki hiéu ¢ (

cm) la dd dai canh lap phwong, O 13 tam mat (44 'D'D) thi
DO ava

la chiéu cao hinh ¢hép D.ABC'D", day hinh

chop 14 hinh chi
nhat véi hai kich thuge g, a2,

Do d6, khdi chép co thé tieh
1 a2 a’ e
= 5 > .a.a\2 ‘=—§-. Theo gla thiét y = 901‘1‘]3, suy ra gq° = 27,.a=3cm.
Chon B. |
Cau 38. Goi ¥ 1a thé tich khéi lang try, Vi 441/ (BCC'B nén
V. Beerpt = VA.H(‘("B‘ =V - LA
M3 AAB'C' va khéi lang gy o .. " s , .
: & I ¢6 cing ddy va cung chiéu cao nén
VA.A'B'(" = EV » SUy ra V:!t,.m't"ﬂ' =l
Tuong tu v, - V., v
2o 1 =TV D0 86 6 A g
Cu 39. Goi 2a.(em) 13 d dai cay hinh Vusng fhige 4. ) bi
kinh day va dién tich XUng quanh kh; ) lg et dién qug truc thi o la bélf
P = 2 W la S.u, =L mn = 47a* . Theo g
thlet, ‘S‘,\-q - 471- cm ’ Suy ra g= Cm D'n
e b WE ‘€N tich day cpa khéi tru 13 7.1° =
dién tich toan phan 13 S, =8, 42 S =4 tru la
. . Xy i H+27{:6zz-cm2. ChonB
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', 40. Goi @ 14 ban kinh day khoi tru thi chiéy cao khé; -

A chu c6 ban kinh la a. Khéi tru cé thé tich Vi =Zamea - ;r?-a hai nra khé;
ira khoi cau bi khoét cling bang thé tich 1<h01 i bar Cll( Tong thé tich
In

hf”“ h a, tire 13
{hé tich %ﬂa ; Phan con lai c6 thé tich > aco
% 3 3 4 3 272'03 1
_V ——7a =2ra ——ra = o
V=V 3 3 . 2 v

Theo gia thiét ¥, =] m°>, suy ra phé"m con lai cé thé tfch 1m3 Chon D,
3 -

cau 41. pay ABCD la hinh vudng canh \/E nén dudng chéo 4C i
f\/' 2\/. Theo gia thiét SAC 12 tam gidc déu (canh AC = 2\/_) B

V3 f

duomg cao SO = AC.T =2+/3.2==3. Ban kinh déy khdi non bang nira

canh hinh vudng day: r = i n6n cé thé tich

, 1 v 2
V=_SO;r =—37 ——6 =3—jr (cm3).Chc_mA.
3 2 2 '

w\s

Ciu 42. Goi M, N tuong ung la tlung diém AB, CD; O la trung diém MN thi SO

la dudng cao hinh chdp, goc SNO 1a goc nghiéng tao boi mat bén SCD voi

mat ddy. Theo gia thiét gbc nay bang 60° nén SMN 1a tam giac déu canh a |

(bing canh ddy hinh chdép). Mit nén xét trong dé ¢6 ban kinh day la 5 do

2

ma

7 a
dii duomg sinh SN =a va c6 dién tich xung quanh S, =am.o=—""
Theo gia thiét

2

=507 < a =10 (cm). Chon C.

— 2 wd
S, =507 cm’, suy ra

Hu 3.Goi (x;y;2) latoadd cua B. Tl e gia thiét vé toa do suy ra |
1'_5:73()“24)’*1;2—3),2'71'(0;0; ~3). Khi da dién da cho 1 khoi h@}’) nén
m:m:>x=2,y=l,z=0:> B(Z;I;O) Ba dinh 4, B € cung ¢o cao
4 0 nén cung nim trong mat phang (xOy) (mét phing 7= 0). Trong mt
thing ndy 4, B, C Iin luot o6 toa do (151),(21),(2:2) 162 4 cua tam

- n Mat khac,
BlAC vudng can canh 1 nén day ABCD ]a hinh vuong Ca”h 1
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on vi ctia truc Oz nén A'A -L(xOyJ‘

‘—— N -"VeCtOd A4
A A(0,0, 3) song song Vi u cao AA’=(AA":3. Kh;

Do do, hinh hp da cho 14 khéi hop ding ¢6 chie
hép c6 thé tich ¥ =3.1> =3. Chon A.
Cau 44. d ¢6 vecto chi phuong ;(0;0;1) '. Chon A. _ ) ’ |
Ciu 45. (P) c¢6 vecto phap tuyén n(3;0;-4) véi do dai ’”J:S' Cdc mat cjy
trong A, B, C, D d&u c6 bén kinh 1. Mat cdu s& cat(P) khi khoé;\lg cach
tam cau t6i (P) phai nho hon 1. Xéc dinh toa do tdm cdc mét cau va (i
khoang cach tir d6 téi (P), ta thay phwong an dung 1a .A. |
Cau 46. (P) cd vecto phap tuyén la ;1(4;3;—7). Néu d {fuéng goc vai (P) thi

vecto chi phuong cua né phéi song song voi ;7', tr d6 A, B, C khong thich
hop. Thir thay D théa man. Chon D. L @
Céu 47, (P) c6 vecto phap tuyén n, (3;2;—1). Néu u 14 vecto chi phuong cla

(P)(Q) thi phai ¢6 wn, =0. D& thy thi

y ting A, B, C khong thoa min
dicu kién nay nén bi loai. Chon D.

ong thang cho trong céc phuong an B, C,D

a - rov , i : a d ‘ ; A
vuong goéc vail cac vecty phdp tuyén ¢y o Liane s ok

. phu'm]g trinh U'Orlg A dlré'i dang tham 2 3{ I th 34 méﬂ
3 . b ' . 2 - > - .

ca hai phuong trinh cuia haj mat phang, Vay A I3 phu oﬁg an trd 1o ;:ng

: 01 :

(0;0:1

L]

song song v&i Oz. Hai duom ) nén haj dudng thang nay cung
- Hai duomp théng nay o :

y Cl-mg V‘uéng r £ 0}) Ial

goc voi (xOy) ¢

chinh I3 dudng Vudng géc

Ciu49.dvad’ cing cd vecto chi

L10) va 44 '
Khoang c4ch AA'z(H[")—ZI ’ chung cuad d-
= 2 , do cﬁng la khoang cach cA Chon D
; ¢an tim. Chon D.
! thi vectg chi
Vecto phip tuyén cg ( P)

Cau 50. (A) song song vgi (p .
) Phwong ¢y, (4) phai vusng géc v

théng ¢6 phuong trinh trong 5 ,’ bi loai. Thur théy ngay duomé

on C, o 4v4 SOng song vai (P) vi
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L (x()y)‘
3 Khg;

mat cay

3 Cach tyy

U va tinh

i (P) thi
ong thich

uong cua

thoa man

in B,C,D
giao tuyén
o trong A

o. Viét lai .

-~ thoa man
ing.

Y nay cung
(xOy) tal
g cua d, d'
won D.

ng géC Vo
gay duong

| (P) vad

" ——— pa .| Pa .
Cau an in g
T a | 1 C 21 D | 31 [ A T3 ‘K‘
/é’“T 12 A 33 | "¢ 30 & a5 T
] ]
SlclB L e B 2B AT
1/4"‘ A 14 G 24 | A 34 A 44 e
L,;—«*"E"‘ 15 A 25 C 35 B | 45 | A
,/EFT 16 D 26 A 36 A 46 D
— 1B | 17 | C |27 | D |3 | B | 47 b
—~ T B | 18 | A | 28 | B | 38 | A | 4 | a
T A 20 & 30 A 40 D 50 C
' A
DE 7

Goi - Hudng dan gidi

i A .4 va 2 8 i T g . e n . 1 .
Ciu 2. Tl bang bién thién ta thay do thi ham s6 d& cho ¢6 tiém cén dimg x = = va

" | "
tiém can ngang y=5,ch1 ¢ A thoa man. Chon A.

3
(3. Ham s6 y=Inx* c6 y':g— duong trong khoang (0;+e), 4m trong
‘ x

(-;0). C diing,

Ciu 4. D6 thi ham s6 d cho khéng c6 tigm can. Vay chon B.

“us. B va D cho céc gié tr ctia déi sb chir khong phai gié ti cita ham 5, véy B
Ya D bi loai. Ham s6 da cho bi chin nén gi4 trj cuc dai cling la gid tri 1on nhat,
Biatr cyc ticu ciing 12 gia tri nho nhdt ma /2 > —/2 suy ra gid trj cyc dai (gid

I lén nhat) 12 V2 . Chon A.

g, 7y g gl X +2x 4]

(Jc2+l)2

TEOng khoang [_3,
2 3

3}, y' chi c6 mot nghiém x=1+2.

KTTHer,
PTag
| NAM 204 82017 MON TOAN-A




'
Glatrlhamsotalx-——g-x_.Hﬁx 3lay= 13,V 2 ,y-g.

—1+42 2
2

DO dé max = .
D Y n‘}%n ]3

Chu 7. Phuong trinh xéc dinh hoanh d6 giao diém 12
1
D& x=wi

2x—1=?x:l=>2x -x +x+1—0<:#(2x+1)(x ‘_x+1) 2

X

.- , 1 ..
Gi4 tri ciaham sd y =2x-1 tai x=—5 la }’=“2-Ch0n B.
Cau 8. Néu m > 0 thi db thi c6 ba diém cuec tri 1a
A(0;2m+m4) l2(+\[_'m -m +2m) Tamgac AB/B, can & A co diy

B, B, =2Jm . Vi 4B, (ﬁ;—mz) nén AB = IAB‘ Jm+m' 12 do dai canh

bén tam giac can. Dé tam gidc 48,8, 1a tam gidc déu, can va du la 4B, =55,

tirc 1a 2m =Jm+m’ <:>m4=3m<:>m=3/§.ChQnC.
m .

—..__.———

Ciu 9. Db thi ¢6 2 tiém cén ding x=Lx=-1 va | tiém cén ngang y= -

Chon A.

Ciu 10. y'=2xInx+x; y'=0 c6 nghiém duy nhit x-e*:]’-e(l;e).(}ié,tri ham sb
tai hai dAu mut cia doan la y=0 va y—e Do d6 M =e?, m=0 né
M-—-m=e¢e.ChonC. .

Cau 11. y'=mx* =2(m —-1)x+3(m+2)=(x2—2x+3)m+2x+6,Hémsésédéng

bién trén khoang (2;+e0) khi va chi khi
-2x-6

\V An & A0 o bé hon Mo
2243 x > 2. Can tim m khong bé hon

y'20,Vx€(24e0) > m2

2 e —2x-6 .
gia tri cia ham so f(x)= T hr trén khoéng (2;+oo)_
2x* +12x-18
: . i 10 ¢
:"aco f(x) (¥ —2x+3) 0Vx>2vaf( )=——3—,— xlirp“f( g)=00"

- ] 10 ] e 5
tap gid tri 1a khoang [“3—;0) . Céc gid tri cin tim ciam 1a m 2 0, chon P

B
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Do do ; 2

2 _.g—-+ 212 3 - _ 2 )
baﬁ;” _20103,,b+]blqg,,a+l +a_bloguh : ___.b3a——2a b+ b ab (b ab‘i-a )
=ab(a-b)’. Chon A.

I =—1,b=
Cau 20. Vi a <b khong twong duong Vol — > = (charlg han khi a = 1) néy

Asai. Vilog, 2X=to 1 nenAvaBlamét dodd B cting sai. C saiyj
x log,, 2 T .
‘A . X o 2x-1
thiéu diéu kién > 0. Chon D.
X
Chu 21. (Xem thém hudng dan giai cau 21 dé 6). Bang bién thién ctia ham s6
: 2
+1
y:f(x):(i...l,x>_l:
' X
x -1 0 1 +00
y{0 - - D n
+00 Lo
Y 1o _
\ .,
r \\
Nhin bang bién thién ta thdy phuone tr
g '[I‘lnh m = . . p— 5. "
khi va chi khi m >4 . Chon A, S(x) ¢6 hai nghiém phan bt

Céu 23, |
f(x)= [ (x)dr=x+x 1 xec D? thi Y= £(x) ot truc tung tai dié"
cotungdgbangeconghlala f( ) e=Cme s C tung 12
Cau 24. Theo gia thiet, xe dimg laj say 2 e ay chon B,
trdd 0=v,+a.20 & v, =20, Clakhi r =9 (s)thi v =0 (m/sh

Theo y nghia vit Ii cia dao

ha
duoc sau thoi gian ¢ (s) la ng m thi quan

| Uy€n ham
xe ltra dich chuyen mdt quang dudmg 13
a

§= I(v +at)dt = J’(

g dudm

g S ms : i chu éﬂ
m cla y a xe Iwra di chuy

Yotat. Do ds, sau 20 g4

20

—at

2

_.20a+a;)dr=(__20m. 1 .
T J = -200a.

0
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:l)nén

C sai v

han biét
tai diém
0 (m/s)

chuyén

. heo gia thi€t, quang duong xe lita chay tr, "
Lai th . D6 W Gl ng 20 giay 13 120m. ti
“500a=120 hay a=-0, 0 =720.(~0,6) =13 B

A ' Vﬁ £ < by
hanh, xe liza ¢ vén toc Ia 12m/s. Chon A, Y4y lie bt diy hypy,

" sai vi chua do1 can.
ciu25-C | |

ot 1= e =0 = el a1-o

0

=2-e.ChonD.

cju 27, Khit x tir bai phuong trinh dau, ta duge [y =2, Phuong trinh nay o
4 s 2 5 F Co
nghiém duy nhat y=1. Hinh phang dia cho dugc gidi han boi \/;

l

J(z"y“\/;)dy

xzzﬂyayzo,yzl va co dién tich la
: . 0

5
=~"6--Chc_m A.

" . 7 1 2
Cu28.Co V= n'J.(I +¢os’ x+sin* x}dx = EJ(Z+ECOS4x]dx: E_ Chon B
n 8 T

R

2 g 2
Ciu 30. Str dung dinh nghia phép nhén va chia hai sé phue.
Caul3l. V& z=x+yi thi v= z? +(E)_ = Z(Jc2 —y2 ) e R, cac diém biu didn cia v

thudc truc hoanh. Chon C.

Cu 32. Giai bang phuong phéap thé hoic phuong phép cong dai sé hodc sir dung
-3 i+1 -3 i+1
' = 7’ D‘.' = » 5
—i F~2 -

Hé c6 nghiém duy nhét v = —%Jrz', z= —%—-;li.ChQn B.

dinh thie: D =] T
2 I— '

=2f—5,D_=!‘
)

Ciu33. Co i+i% +7° +4* :(i+i3)+(z’2+i“):(1+iz)(i+i3)=0 nén véi moi sb k
i boi cia 4, ta du c6 i+it4i+.+i*=0. Do d6 A dung,
T B X - ; " )
4%+ + ...+ = 0 nén D dung, va

5 1300 ' "
[']000 _ 1000 :0__(1‘-') :-—I,Bdung.

P32 3 Ut . ; .
PP o o™ P e 4t i

Vy chon C,
(3 .
au34.\‘30_l z=x+yi thi v=[x+(y—l)f'](2+i):21‘y+l+
thadn 30 khi va chi khi 2x-y+1=0.ChonC.

- Goi 0 1a tam cua ddy ABCD, H 1a trung diém c2 4
S0¢ gilta m3t ben va mat day nén theo gid thiét bang

(x+2y-2)i la s

Cﬁu m canh BC thi £6€ SHO 1a

50’ tam g]éc SHO
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vudng cén tai 0, SO = OH =2 (a (cm) la o dai canh day hinh chp) 7.
e i . I
YL A . r UE 1 . — e MNP T '
glac MNP dong dang véi tam gidgc ABD 11 SO 5 nen 'Coldli‘n e :

. a ¥ z
bang ]:II dién tich ABD. Do do dtyy =3 Mét phang (MNP) song Sog
v6i ddy (ABCD) va cach day mot khoang bing nita dudng cao SO cia by

a Xy . g o ]
chép, do d6 4 cich (MNP) mot khoang /= 7 hol sy AN of i

2 58
=22 _ 9 Theo gia thiét L =18 = a =12 (cm). Chon A,
348 96 9% o |
Cau 36. Goi S/ 1an luot 13 dién tich day va chi€u cao cua khoi hop.

; S .8 AN
Taco Aty e = )y = Z’d,B’MN = —8_ nen dt),, =——.
Khoi chép B.D"MN c6 cing chidu cao v6i khdi hép nén cé thé tich
1 3S ] I . 2 . r
Vt. = “:h? = EhS = ‘g Vh z tl‘OHg dé Vh lél thé tiCh kh@l hép
2
Theo gia thiét B.D'MN cé thé tich 8cm’® suy ra khdi hdp cé thé tich 6dem’. |
Chon B. _ |
Ciau 37. Ki hiéu S, /# twong ung'la dién tich d4
V' =hS la thé tich khéi hép. Goi V.V,

ABB'D'D va AA'B'D' thi

y va chiéu cao khéi hop da cho thi
lan luot 14 thé tich cac khéi chép
theo gia thiét ¥, = Sem®. Kpéi chép 4.4'BD’
¢ gen g e on o T L
c6 dién tich day bang Rk chiéu cao % nép V, = _1_;,,_‘,9_ - K Mt khac. ta lai
X <t R Eiae A 6 ) i
thdy ¥, +V; la thé tich khéi lang trh ABD.A'B' va bing nua thé tich Khii
=15 (e, Chion A, - |
Céu 38. Goi P 1 trung diém canh CC b ABC MNP 13 : )
E il MNP 13 mgt nra khéi lang tru &
cho. Khoi ABC.MNP ¢6 thé chia thanh ha; khéi: Kp éniu?; ‘121};1{ ﬁjnfa b

V v
op. Dodd S+—=_ =y
hop =z

C.MNP, trong d6 khdi C. MNP ¢ dién tjc

h ddy S, chidy cao (S, /s twams
tmg la dién tich déy va chiéu cao lang |

2 H
tru. da cho) neé 61 C b
bt So e nen khoi C. MNP o
tich g (V 1a thé tich khéj lang tru d3 cho). .
s L = |
Vay 5 Ve amne +_g =W = 3'Vr'_nmw =3 (cm3). Chon D

-
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lép)- Tarn
dlén Ifch

) clia hinh
VP ¢6 thé

ch 64cm’.

da cho thi
khéi chop
y A.A’'B’D’
<héc, ta lai

& tich khoi

lang tru da
FM Vé khal

(S, h tuong
INP c6 thé

.39, Ch

L vi ddy: 6a. Goi /1 12 chieu cao khdi lang g, i
i lang tru 1a h.6a, theo gia thiét c6 6/a = 3 553 _f‘; '
ibp €0 chiéu fao h=2a, ban Kkinh day bing Mg
v _hma’ =2md - Chon C.
0. Goi @ h 14 ban !{inl‘.l day V:E‘i chiéu cao cua khéj trl; a3

ca b= 2a. Thiét dién phing qua truc 1a mot hiph vau?ho'
uéc: 2a va h=2a, dién tich thiét dién phéng 13 44 Go'o ng,
Ludng goc cua A xuong day chira O', B la hi g 28
cubng mat day chtra O "[hi ABB'A"1a thi€t dién tao thanh b ruar .k
4 B’ va song song voi truc khoi tru, thict dién nay 13 hin}?:;gh:}ig Qu
4d'=h=2a va co dién tich AB2a. Tir gid thiét suy ra Aﬁ 20@:1;;1

_, AB=a= AOB=60°. Chon A.

cav

ciu 4

o Tr gia thidt

Vi hai kich
18 hinh chidy

nh chiéy vudng géc cia B

| 41. Goi @ 14 canh khi 14p phuang thi khéi tru ¢6 ban kinh déy £, chidu cao
| ) 2 > .

Khdi tru co6 dién tich xung quanh a.27r.%=:fra2. Theo gia thiét ta c6

7a* =257 = a =5. Khbi 14p phuong c6 thé tich 5 =125 (cm’). Chon C.
Ciu 42. Goi R,r la ban kinh dutng tron ngoai tiép, nd1 tiép tam giac déu ABC.

Khéi cAu 16n va khdi cdu nho c6 thé tich ¥ =%7r1‘i33,V2 =ﬂnr3. Ti s6 thé

tich ¥, :, =(R:r)’. Goi H la trung diém ctia BC thi tam gidc OBH 12 nua

am gisc ddu o6 OB=R OH=r,BOH=60° sy 1
0B:OH =2= R:r=2 =V,:V,=8.Ma V=1 nén ¥; =8cm’. Chon A
Cu 43. Nhan thdy 4,B,C cing thudc mat phang y=2 (song song Vo1 mat
phang (xOz)). Chon E trong mat phing nay dé ABCE la hinh binh hanh, tirc
i CE =Bt d6 E(22;2). DE thhy ABCE Ia hinh vaong canh 2. M&
khic, tir toa dd 4, D suy ra AD = (0;4;0) song song véi Oy, hay AD vuong
8¢ v6i mat (ABCE) nén hinh hop ngoa tiép 1t ditn ABCD G cho la ik
O chit nhat voi day ABCE, canh bén AD, trung diém duimg Chg% o Chg’
;“f“g la tarh mat cdu ngoai tiép hinh hop (va ca hinh t dién AB e m61I:
4« dinh F sao cho E:E:(o;a,;o), ta duogc F(3;6;1), A 34 1.)
\ , : . pay 12 (2%
dudng chéo hinh hop chir nhat. Trung diem duomg chéo 1% i 1

chinh 13 4 =4 2 4
th 1 tam mt ciy ngoai tiép tir dién ABCD.
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i ng song vy
Ciu 44. Chi c6 duong thing trong D c6 vecto chi phuong song song vgj Ve,
phap tuyén cia (2). Chon D. ).k
[ 1 3 Oan
Cau 45. Ca bén mat cdu trong bén phu’ong an déu c6 tam ( 8 Cich

tr/t6i (P) 1a A B suy ra chi ¢6 C thich hop. Chon ¢,
5° :

Ciu 46. M (x;y;z) thude mat phing trung tryc cta doan 1’43 khi va chi g,
, 3 2
(x=1)" +(y=2) +(z+4) = (x-5) +(y—-4) +(z-2)"..
Rut gon ta duge 2x+ y+3z-6=0. Chon D.

Cau 47. Duong thang Oy chtra hai diém 0(0;0;0), E(0;1; 0). Mat phang ( ) qua
ba diém M. O, E Tich c6 hudng cua hai vecto OM( = 1,1),0E(0,1,0)Jﬁ
mat vecto phép tuyén cua (P). Vay (P) qua 0(0'0' 0) va c6 vecto phép
tuyén 5(1'0'-—1), x—z =0. la phuong trinh ciia (P) Chon B.

Ciu 48. Tir gia thibt suy ra A(8;0:0), B(0;-2;0),C(0;0;4). Phuong trinh mj
phang (ABC) la ~§+%+Z=I® x—4y+2z-8=0. Chon D.

Cau 49, Tur phucmg trinh suy ra tdim mit ciu phai c¢ tung do -1, B bj Ioal Tam
mat cau phai ¢6 hoanh do va cao dé ddi nhau nén C bj loai. Ha1 miit cdu cho

trong A va D déu ¢6 tam thuée & Mat ciy cho bai A ¢6 tam 1( =3=1 3)
5 : . 4 8
cach (P) mot khoang 3 » céch (Q) mét khoang 3 > trong khi ban kinh mit
ciu nay lai 1a %, A cling bi loai. Chon D).
Ciu 50. D3t y =¢ thi phuong trinh x4c dinh d trgy thanh

| 3
= "5’ Y=t Z-——Z—--;

“Yéu cau'bai toan duge thuc hién khj vy - . .
thda man phuong trinh (P), tirc 3 hikhi toa dg c4c diém thuoc d pha

3 !
211-=¢ |-¢t=2| 22 ]_ _
( 2) ' [ 2’] ©=0.Y1 hay (1 - 4t =0 v,

Diéu nay xay ra khi va chj khl m=4 Chon A
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(+ich khde: T pUONE e i £ T S
. : , Pk > =
[hé V20 phuong trinh CLTa (P) ta duoc (m“l)y:o' Gt a; 2; =-my—4,
hi phuong trinh ndy phai dung vdi moi y, tirc 13 , = 4 flam trong (P)
o DET
pip " S : -
ol rJl:)’ziF’ Cau D."p Cau D,ap C3 Pip [ T3
. . in in - P A b3
Cau | dn | in Cau ap
~rp 0 LB g & IR T
T A 12 A 22 A 32 | B 5
./i” e E C 23 B 38 |6 T o g
ET 14 A 24 A M| ¢ (% 5
L—T1T"¢ [ 16 A 26 D 36 B =
| [ 6 46 D
=7 | B_| 17 B 27 A 37 A 7 1
|9 | A 19 A 29 A 3 C 49 D
jg"; C 20 D 30 € 40 A 50 i
o
DE 8

Goi y— Huedng dan gidi

hfmg y=-1.

Gu 17, Vidt vé phai 13 log, 2°""".

(3 :
WI8. Liru y cong thirce log, b=

G i s
UZI. Deyrang 20]6= 25.32.7.

(iu 1. Cha y ham sb khong xac dinh tai x = 1. -

x—1

: (khi a, b duong khac 1).
log,

l L
u20.Chuyrang (2*.'"/5)(2"\6):]-

Cdu 6. Ham sé lién tuc trén doan [0; 2], c6 dao ham triét tiéu tai x = L.

lau8. Chu y khoang (1; +e0) phai nim trong tap xéc dinh cua ham $b.

A . TR z x+1 - 2 ; P T
Ciu 3. Phéc hoa dd thi ham s6 y =—— voi x2 0 con khi x< 0, ham s6 1a ham
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Cau6. vigg L 1/ 1 1 ]
x*+2x-3 4 -] x+3

Cau 28. Liy dao ham cac ham sé cho ¢ bon dap an.

Cau30. Dé y ring (1-7)? = -2

Cau 34. Tap hop céc didm trén mat phing biéu dién z 1a mot dudmg trop ty

dudng tron biéu dién s6 347, ban kinh dudng tron bang 1; s6 |z Iéy nh
bang [3-4i/+1=6. |

Cau 41. M3t phéng day trén ctia hinh tru cach dinh cia hinh nén 6 — 4 =2 pg, sl
ra ban kinh hinh try bang 1. :

Cau 42. Mit nén d6 o6 dinh 4, duong sinh bing av'?2, day la duong
ngoai tiép tam gidc déu CB’D’co canh bing a2, ban kinh dudng try

av2 |

"

Cau 46. Voi M = (x; y; z) vibt didu kien Ma’=MB’ |

Ciu 49. Co thé viét phu‘ornga trinh tham sb () cua d va pghuo‘ng trinh tham slé (1
cua d’ Tim ¢, t" d¢ diém M cua d Ung v6i ¢ va diém M’ cta d' g véi !
thoa man diéu kién hai vecto AM , AM" cung phuong. Suyrar =1, =2

CAu 50. Mat cau c6 tm 1= (0; 1;~1). Hinh chiéu 4 clia / trén o o6 toa d6 (2 0.0

trung diém H cta 77" 14 diém thude /4 sao cho 77 74 < | (binh phuong bin |
kinh mét cau), :

nay bing

Dip dn Dé 8
% Da i Da

Cau énp Ciu énp
1 c | 1 A
2 A 12 A
3 B 13 A
4 D 14 A
5 A 15 A
6 C 16 A
7 D 17 A
8 A 18 A
9 D 19 A
10 C 20 A
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Giiy - Hwong dan giat

: o 4én tiém can dung va tiém ca " e}

cju 5 DE ¥ den ticm cai CURE Ve HEM € ngang cla 4o th;.
. o4 dong bién trén moi ; K s

Ham so dong moi khoang trong tap x4c dinh,

ciu 7.
ciu 9 Ham s6 f'(x) lién tuc va khong a4m trén doan [O' 2} 6 mé
' <], ; ngUyén hém

trén doan d6 la flx) nén dién tich cta hinh thane cong bha
()| 0Sx£2,02y < 1)} bang /(2)= f(0); ham s —ffx) IT: ttral
n tuc

ya khong am trén doan [2;4], ¢6 mot nguyén ham trén doan d6 1a — /()
: =/ X

qpén dién tich hinh t}'lfmg"con‘g {(x;y)|2<x<4,0< Y<~f'(x)} bing
_f(#)+ f(2); nhung dién tich hinh thang cong dé bang dién tich hinh dé;
ximg véi né qua truc hoanh, tuc la hinh thang bén phai trong hinh (ndm bén
du6i truc hoanh). Trén hinh da cho, dién tich hinh thang bén phai (la s6
dwong) bé hon dién tich. hinh thang bén tréi nén ta dugc
0< f(2)— f(4) < f(2)=1(0), tir dO suy ra f(0) < f(4)< f(2) |
Ciu 11. Néu ton tai ¢ dé tan x <cx vé6i moi x > 0 thi dd thi (C) clia ham s6
y=tanx nam phia dudi dé thi ham s y=cx v6ix >0, tic Ja nam phia
dudi tia Of voi hé s gbc ¢; nhung khi¢ <1, (O) n?iql phia trén tia do; con
i ¢ >1 tia d6 luon cat (C) nén c6 bd phan cia (C) nam phia trén tia o

Ciu 15, Dao ham cua ham s6 y=In|x[,x#01a y'= =

C4u 17, Phuong trinh duoc viét lai la o
2J.r_22.\-_2_r+2+22 :0 P 22\(2\_1)_22(2\_1)=0¢::> (2 — Z

Cﬁu 18- Dat 3". =,
A A : ¢ ; 1<, ticla log”a <
(iu 19, Cdn tim s6 « 16n nhét sao cho 4log™ =1-log b<l, =, 4
1
;o1 r ] ] .
D4 12 s6 @ sao cho loga == =Jog10’ =log V10
e . ) o =2 phuong
i 20 Dit sin’x = ¢ thi dua vé tim /, 0<r<1, sao cho £ 7=
1o thurc CO‘SI)




A d 5 1 ' . A A : A 1 Cﬂa hé-ln Sé y = eax.‘ 1 4 I
Cau 21. Puodng thang y = x latiép tuyen cua do thi (€) ‘ tal dlﬁm |

A(x43v,) c6 nghia la: ' .

: 1 A i <]
ard 4 4 xi=—, x,=e* vaa=—__|
Xo=e™ val=e"™ 4ax; =4ax,, suy 1 % =75 %o 4x 7|

Cau 24. Viét x2*dy = -I—xd(z-‘), tinh tich phén timg phan.
In2

| , T
Cau 26. Ding phuong phép déi bién s6, dat 3° +1 =1, dua vé tinh - = ‘l (=)

3 5 3 3 2 3
: . ; +1 d(x + 3) 2dx .
Céu 27. Dua vé tinh tich phan %dx =n[dv+m| e -nf L
X ’ -1 -1 -1

-1
tinh tich phén cuéi, dung ddi bién s6 x=+3tant.
Cau 28. Goi d la dudng thang di-qua diém A(3; 5) véi hé sb goc I thi
do f'(x) = —1,d thi (C) ctia ham sé y = f(x) trén khoang (—1; 4) nam phiz
~ dudi dudng thang d; d giao véi dudmg thang x = 0 tai diém (0; 8).
Cau 33. Viet z=x+iy (x,y € R), tit z=|z|=3i~1, ta tim duoc X, 9

- Cau 34. Céc diém M biéu dién z c6 khoang cich dén didm 7 bidu didn 1 -2
khpéng bi?ing \/5 nén thudc dLrb:ng tron tdm 7 ban kinh b?lng \/g . Tir d6 cic
diém biéu dien w thay doi tén duong tron tam J bidu didd
1-2i+1+i=2-i, ban kinh bing /5. Do [2-1=+/5 nén dubng tron i
di qua goc O. Piém P biéu didn w ¢6 modun

[6n nhat khi P 1a diém xuyén |

tam d6i clia O trén dudng tron d6 tie 14 W=22=i)=4_7;

Ciu 38. Lay B’ trén SB, C" trén SC sao cho SB* = §¢* — S

déu SAB’'C’ c6 canh bang 3 nén ¢4 thé tich ¥ = 3
12

. ;45 B, cun
da cho bang 4z V, =5v2. Dién tich tam giac S4B bang 3+/3 nén khoir?

cach tir C dén mit phéng (S4B) bf’mg 5‘5

——

3

= 3 thi duge tirdieh

2 : g
h‘/—;. Thé tich hinh chP |

Cau 42. Budng th‘fmg EF cit duiy'ng th:ﬁng AB & S thi
ki hiéu A’ la giao cua DE véi 4B thi khi gy
7cm, chiéu cao Sem cling v aha

SAF 13 tam giac vuﬁﬂg:?ﬁ{

C LA Y ta duge khéi tru ban X

i k ; g Tk O L i
hoi nén cut do cit khoi noén dinh S ban kil
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AL 1S

),

h

PIIRCTRNTSE S

3em (do quay tam gidc SAF) khoi khéi nén dinp
; c - f 1

d;;’qua y tam gide SA'E). 1 »

( (1;2;3)1a tim mét cau; 4 1a hinh chiéu vugng goc cua [ Jap d thi

S ban kinh day dem

AU 50.17 ‘ 1 -

Cé . (2_3_..1.;6). Trung diem H cua 77" 1a diém thuse /4 520 cho 5 Tj =g
BRE R ) ‘ ’ A =

ban kinh mét cau la 9) nén H = (8; 1; 5). Duong thang 77" 13 At

( H vudng goc voi 14 va vudng goc véi d. Suy ra

1
g théng

' phuong tri - ’

ﬁgﬁidng trinh & dap an A. g trinh cpa 77
ngdﬂf)ég .
| ap | i | S| cau | B cau | Pir | o, TRap
Tla 1 D12 A 3] A4 | ¢
alB 121 A2 AR A 9],
Sla Bl A 123 | A3 [A 4| 4
i [ A | 14 | A [24 | A | 38| A 222
S|l a5 ] A | 25 | A T s T
5| A | 16 | A 26 A 5 S R
AT C )27 | A |37 | B | 47| D
3 A 18 A 28 D AR A 43 =
LIB 1220 ] A3 ["A 4B |50]a
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