CHU DPE 8: PHUONG PHAP DOI BIEN SO TINH TiCH PHAN

1) Dinh li: Cho ham ) f(x) lién tuc trén doan [a;b]. Gia sir ham sb x = (o(t) ¢6 dao ham lién tuc trén

doan [a; ] sao cho p(a)=a;p(B)=b va a<e(t)<b véimoi t €[a; ).

b B
Khi do [ f(x)dx=[f(g(e)h'(t)dr.
Chu y: Trong nhiéu trudng hop ta con sir dung phép bién d6i bién s & dang sau:

b
® Cho ham s6 f(x) lién tuc trén doan [a;b]. D€ tinh .[f(x)dx, doi khi ta chon ham s6 u =u(x) lam

bién sb mai, trong d6 trén doan [a;b],u (x) ¢6 dao ham lién tuc va u (x) € [a;ﬂ].
e Gia st co thé viét f(x) = g(u(x))u '(x),x € [a;b], voi g(u) lién tuc trén doan[a;ﬁ].
b u(b)
Khi d6, ta co Jf(x)dx: J. g (u)du.
a u(a)
2) Cac dang toan trong tim
. Dang 1: Doi bién s6 véi cac ham vo ti quen thude
» Trong biéu thitc ctia f(x)dx c6 chira cn thi d4t can d6 bang ¢.
» Trong biéu thitc ctia f'(x)dx c6 chita bicu thirc lily thira bdc cao thi dit biéu thirc d6 bang «.
» Trong bi€u thirc ctia f(x)dx c6 chira hAm mil v6i biéu thire trén mil 12 mot ham s6 thi dat biéu thirc

trén mil bang .

Vi du 1: Tinh céc tich phan sau bang phuwong phap doi bién so:

In3

4
dx

a) [ = | ———— b) I = .

) ‘(|).3+\/2x+1 ) I|).\/€x+l

c)l:ix.ﬂdx. d) [ = j—dx

D427

Loi gidi
Chi y: Di bién nhé phai ddi can.
x=0=r=1

a) Dit 1 =+2x—1 < 1* =2x+1< dx =1dr. Déi can .
x=4=1¢=3

3

3
Khi 46 1= [ —di :j(l—%)dt:(t—3ln|t+3|)
1

3
:3—3.1n6—1+3.1n4:2+3.1ng.
3+t 3

1

b)Dit t=ve' +1 ot =e' +1 o 2dt =e'dx & dx = 22t

dt.

t—1

t+1

2 =—1n3(3—2ﬁ).

V2

2. A X:0:>t:\/§
Doi can , —=




, x=1=¢t=0
o) bit t=31-x & =1-x < 3t’dt = —dx. Pdi can

x=9=¢t=-2
)

Py H 3 2 6 .3 ot
Khi d6 IZQ(H ) (-3t )dt:I(t —1)dt :3(7_Zj

0

2468

7

0

x=0=¢=0
d) bat x =2sint = dx = ZCostdt(t € [0;7[]). Déi can

Vs
x=1=>t=—
6

o
dt=2_[dt=2t g
0

[ 4cost 4cost
Khido I = | —— —.
'([\/4—4sin t ‘[ 2cost . 3

55
Vi dy 2: [DE thi THPT Qudc gia 2018] Cho |

dx
e XNxX+9

=aln2+bIn5+clnll voi a,b,c 1a cic s6 hitu ty.

Ménh d& nao dudi day 1a ding.

A.a-b=—c. B.a+b=c. C. a+b=3c. D. a-bH=-3c.
Loi gidi
, x=16=¢=5
Pit t=vVx+9 = 1> = x+9 = 2tdt = dx. Poi can
x=55=1¢=8
8 8
Khido I = 2udt =I 2di |t 3| =llni—llnl=gln2+lln5—lln11
(P =9)t 1(t-3)(1+3) 6 |r+3|5 311 3 4 3 3

Do d6 azz,b=l, :—l:>a b=—c. Chgn A.
3 3 3
6 I 2
Vi du 3: Cho [I= j —aln3+bln2+c voi a,b,c 1a cac sO hiru ty, tinh tong
22x+1+ Jax+1
A=a+4b+12c.
A. A=-2. B. 4=-4. C. 4=4. D. 4=2.
Loi gidgi
. 5 .. . x=6=>1t=5
bat t =4x+1 =1t =4x+1= tdt = 2dx. D01 can
x=2=1t=3
5 5 5 5
Khi d6 z_lj j = L, 7 (1n|¢+1|+Lj —mi-L
29(¢+1 » 3(t+1) 1 (t+1) t+1 2 12
2
1 -1
=In3-In2-—=a=b=-Lc=—
12 12

Dod6 A=a+4b+12c=1-4—-1=—-4. Chon B.

. Dang 2: Tich phén ddi bién s6 v6i ham an




b b b
Cha § tinh chét: [ f (x)dx = [ f (t)dt = [ f (u)du (tich phan khong phu thudc vao bién).

6
Vidy 1: Cho ham s6 f'(x) lién tyc trén R théa man If(x)dx =12.
0

2
Tinh tich phan I = J. 1 (3x)dx.
0

A. I=6. B. 7 =36. C.1=2. D. I =4.

Loi gidi
2

Ta co: I:j)'f(3x)dx: [ £ (3x)d (3x)—= j (t)dt == j (x)dx:%:4. Chon D.

0

3 2
Vi dy 2: Cho ham s6 f (x) lién tuc trén [~L;+e0) va [ f(Vox+1}dx =8. Tinh I = [x.f (x)dx
0 1

A. 1=2. B. 1 =8. C. =4 D. 7 =16.
Loi gidgi
5 5 2 . x=0=>1=1
bat t =vJx+1 =1t =x+1= 2tdt = dx va d6i can .
x=3=>t=2

Khi d6 Izjf(x/ﬁ)dx=2jt.f(t)dt :8:>jt.f(t)dt=4:>jx.f(x)dx=4. Chon C.

1

9f(\/;)dx 1 3
Vi du 3: Cho sza va [ f(2x)dx =b. Tinh tich phan I = [ f (x)dx theo a va b.
4 X 0 0
A. I:%+2b. B. I=2a+b. C. 1=2(a+b). D. 1:“;]’.
Loi gidi
5 £(~fx)dx o ) 3 3 g
Ta co: !%=!2f(\/;)d(\/;)%'[2f(t)dt=a:>£2f(t)dt=5

(x)dx b

—
~
—~~
<
/-\
\_/
I\)I»—‘
o'-—,w

Do d6 jf(x)dx:2b:jf(x)dx:jf(x)dx+jf(x)dszb+%. Chon A.




z
In2

6
Vi dy 4: Cho ham s6 £ (x) lién tyc trén R théa man If(sin 3x).cos3xdx =1 va J. e".f(e" )dx =3.
0

(=}

2
Tinh tich phan I = I £ (x)dx.
0

A. I =4 B. I =5. C.1=2. D. I =6.
Loi gidi
% % ) 1 1 1 1
Ta cé: If(sin3x ).cos 3xdx =— J £ (sin3x). 51n3x)Lm>§jf(t).dt :gj.f(x).dx =1
0 0 0 0
1
= [ f(x)dx=3
0
In2 2 2
Lai co: je e* Jdx = jf (e7)—== [ f (w)du = [ f (x)dx =3
1 1

Do do I:jf(x)dx:jf(x)dx+jf(x)dx:3+3:6. Chon D.

Vidy 5: Cho ham s6 f'(x) lién tyc trén R théa man | cot xf(sin2 x)dx = I—dx =1.

1

BN ——o |y

1
Tinh tich phan 7 = dex
1 X

8

A. 1=3. B.I=%. C.I1=2 D. /=

N | i

COS X
A=

cot xf(sm x)dx f(sin2 x)dx

Sin x

-MN'—.N\N
#\N'—o'\’\-\\

SRR A\ FRSEIN i 0 PRy I PR A P
u X

,_.

1 4 4 4
Xét [ =If(4x)dx v=4x )]:j-f(v),dv :J-f—‘))dvzf—)dx: A+ B =§. Ch()n D.
10X 1 1 1 2
2 2 2

8




Vi du 6: Cho céc khang dinh sau:

s

1 1 V4 2
(1). [sin(1-x)dx = sin xax. @. | singdx = sin xdx.
0 0 0 0
1 1% 2 2
(3). [ f(x)ax =5j f (sin2x)cos 2xdx. @). [ f(x)dx=2[x.f (x* +1)dx.
0 0 1 1
S6 khang dinh ding 1a:
Al B.2. C.3. D. 4.

Loi gidii
1 1 0 1 1
Tacod Jsin(l—x)dx :—jsin(l—x)d(l—x)i)—jsintdt :jsintdt :Isinxdx.

0 0 1 0 0

V4 V4

Tox Toox oox % +
Ism—dx :2I sin—d — :2j sinudu =2 | sin xdx.
0 2 0 2 2 0 0

s f : 1
%}[f(smbc costdx—%?[ £ (sin2x)d (sin2x) :%'([f(v)dv=%}[f(x)dx

2 2 5 5

2w f(x+1)dx=[ (x> +1)d (x* +1) = [ £ (2)dz = [ £ (x)dx.

1 1 1 1

S6 khang dinh diing 12 2. Chon B.

FNIE)

1 .2
Vidu 7: Cho ham s6 £ (x) lién tyc trén R théa man If(tan x)dx=a va ma’x =b.
0

0

1
Tinh tich phan I = j f(x)dx theo a va b.
0

A.I=a-b. B./=a+bh. C.I:%. D.I=a+b-1.
Loi giai
x=0=>t=0
Dit x =tant = dx =———dt. Déi can P
cos’ t x=l=>t=—
4
X f 4tan’t. (tanz) 1 4 4
Khi déj dx j /1 . dtzjtanzt.f(tant)a’t Itan x.f (tanx)dx =b
0 x’ +1 0 tan’r+1 cos’t 0 7

K




f(tan x)dx

cos’ x

O |y
o'—.#\h

f tanx tanx j[ f j dx.
0

1
Dod6 1= f(x)dx=a+b. Chen A.
0

= Dang 3: Tich phan doi bién so v6i ham so chan, ham so 1é

Bai toan tong quat: Gid sir ham s6 f(x) lién tuc trén doan [—a;a]. Ching minh réng:

a) j f(x)dx:2j f(x)dx néu f(x) 1aham sb chin.

b) [ f(x)dx=0 néu f(x) la ham b le.

a) Ham s f(x) 12 ham chén thi f(—x) = f(x)

Ta co: jf dx_—jf —x) )i)—j‘f(t)dtz—ff(x)dxzjf(x)dx.

Do d6 jf )dx = jf dx+jf dx:2jf(x)dx
b) Ham s6 f(x) laham ¢ thi f(—x)=—/(x)

Ta co: jf dx_—jf —x)dx = jf —x)—= [ f(t)dt =] f(x)dx

Do do ZTf(x)dx:OQ j.f(x)dx:O.

Vidy 1: Cho ham s6 £ (x) lién tuc trén R thoaman f(x)+ f(—x)=+2+2cos2x,Vx e R.

3z

Tinh I = j f(x)dx.

-3z

2

A. [ =-6. B. I =0. C.I1=-2. D. I =6.

Loi gidi

Léy tich phan 2 vé cia f (x)+ f(—x)=cos2x can tir —377[ — 37” ta co:

3z 3z 3z 3z
2 2 2 2
J- f(x)dx+ j S (—x)dx = _[ V2+2co0s2xdx =2 j |cos x|dx =12 (St dung may tinh Casio).
3 =3 =3z =3
2 2 2




Xx=—-—
Dit £ = x = df = —dx va ddi can 2 2
RY/4 37
X=—=1r=-
2 2

£ £ £

Khido | f(—x)dx:—j £yt = j £yt = j £ ()

-3z 37 37 37
2 2 2

3z

2

3z 3z

Suy ra If x)dx+_[f ~x)dx=21=12=1=6.

=3z =3z

2 2
_ N2+2cos2x

Céch 2: Vi v/2+2c0s2x = /2 +2cos(-2x) ta ¢6 thé chon f(x)= 5
3z

2

| ww. Chon D.

-3z

Sau d6 sir dung Casio dé bim / =

Vi dy 2: Cho ham s6 y = f(x) x4c dinh va lién tyc trén R, théa man

f (x)dx bang:

m‘g"—,mm

f(x)+ f(-x)=cos2x,VxeR. Khido I =

B. 2. c. L
2

Loi giai

Léy tich phan 2 vé cla f(x)+f(—x) =cos2x,VxeR can tir —% - <

fx)dx+jf 1 ! \/g

6

m‘é'—.a\\a
(@)
o
75
g
=
Il
|
'—;
(@]
o
»n
g
S
—
[\S]
=
~
Il
|
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—
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=
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0\‘,5,'—;0\\-5\

T 7 z
x:——’Z‘:— i % 6
< 6
it t=—x=di =—dx= e ”:Iﬂf( X )dx ;[f(t)dt Lf(t)dt
x=ol=m e % s 5

T .
— ta co:




Cich 2: Vi cos2x = cos(—2x) tachon f(x)= c0s22x =

cos2x NE)
dx = —.
2 4

o] ——aln

Vi du 3: Cho ham sb y= f(x) lién tyc trén doan [O;l] thda man f(x) + 2f(1 —x) =3x,VxeR.

1
Tinh tich phan I = I 1 (x)dx.
0

A.Izi. B. 7=1. C.I=l. D. I =2.
2 2

Loi gidi

Cach 1: Ta céf(x)+2f(1—x)=3x:>‘l[f(x)dx+2jf(1—x)dx:3j[xdx=%x2 ==

0

=0,t=1 1 0 1 1
it tzl—x:dt:—dx:{i_l t_O:jf(l—x)dx:—jf(t)dt:.([f(t)dt:‘([f(x)dx.

> 0 1

1

Suy ra jf(x)dx+2j[f(l—x)dx:3jf(x)dx:%:Jf(x)dx:%©I:%. Chon C.

0

Cach 2: Taco f(x)+2f(l—x)=3x:>f(l—x)+2f(x):3(1—x)=3—3x.

Khi do {; Ef};)z f 2(;_(3:23)6 ((12)), lhy 2.(2)-(1), ta dugc
3f( )=2(3 3x) 3xc>f(x)=2—3x.

= l Chon C.
2

Vay I = jf x)dx = j(z 3x)dx—( x—%jl

0

Vi du 4: Cho ham s6 f(x) lién tuc trén R va thda man f(x)+f(—x) =x’,VxeR.
1

Tinh [ = If(x)dx.
-1

A.Iz%. B. I=1. C.1=2. D. [=—.

W | =

Loi gidi

Ta co f(x)+f(—x):x2:j[f(x)+f(—x)]dx _[zdx@jf x)dx+J‘f x)dx jxa’x.

-1 -1

Bétt:—x:dtz—dx:{ . If x)dx——'[f t)dt—J-f t)dt—J‘f x)dx

t_

Suy ra j.lf(x)dx+j‘1f(x)dx J.lzdx<:>2jf x)dx——_llzgj.l[f(x)dx=§. Chon D.




Vi du 5: Cho ham sé £ (x) lién tuc trén R va s thuc a duong. Biét ring véi moi x €[0;a] thi f(x)>0

Véf( )f(a x)—l Tinh [ = I

+f( )
AT=2 B. [ =2a. C.l=a D./=-2
2 2
Loi gidgi
Ta co: f(x).f(a—x)=1<:>(l+f(x))f(a—x):1+f(a—x)<:>1+;(x):1fj(tcz;fl)
Lay tich phan 2 vé ta c6: I = T1+ijc() '[ j(‘( ))dx
1+fa x " T todt
Pit t=a- x:dz——dxkhldoj ) ij (—dt) =£ =£ £1+f(t)
:a—j B Khidé I=a—1< 1= Chon A.
va+f x) 2
CéchZ:Vif(x).f(a—x):ltacéthéchon f(x)=1:>f(a—x)=1:>]=j.%=%a:%.

0 0




BAI TAP TU LUYEN
Cau 1: Cho jf(x)dx =12. Tinh [ = J%f(3x)dx.
0 0
A. I=6. B. I =36. C.1=2. D. [ =4.
Cau 2: Cho lJgf(x)dx =—8. Tinh / :jf(Sx)dx.
5 i

8 8

AT=2 B./=—". C.l=-. D. /="
5 5 5 5
10 5
Cau 3: Cho [ f(x)dx=10. Tinh I = [ f (2x)dx.
4 2
A. I1=10. B. /=5 C.1=2. D. =4

6 2
Cau 4: (P& thi THPT Quéc gia nim 2017) Cho [ f (x)dx =12. Tinh tich phan I = [ f (3x)dx.
0 0
A. I=6. B. I =36. C.1=2. D. [ =4.
4 2
Cau 5: Cho [ f(x)dx=16. Tinh tich phan 7 = [ £ (2x)dx.
0 0

A. =32 B. 1 =8. C. I=16. D. I=4.

f (sin 3x). cos 3xdx.

O o | N

1
Ciu 6: Cho tich phan j f(x)dx =9. Tinh tich phan I =
0
A I=5. B. 1=9. C.1=3. D. [=2.
10 3
Cau7: Cho [ f(x)dx=18. Tinh I = [ f(3x+1)dx.
4 1
A. =18, B. [ =6. C.1=9. D. [=15.

4 1
Cau 8: Cho [ f (x)dx=2. Tinh tich phan 7 = [ f (4x)dx.
0 0

A. I=8. B.I:%. C. =4 D. /=2.

2017 1

CAu 9: Cho ham s6 f(x) théaméan | f(x)dx=1. Tinh tich phan 7 = [ f(2017x)dx.
0 0

A. _l[f(2017x)dx=2017. B. jf(2017x)dx=0.

0

1

1 1
C. _([f(2017x)dx:1. D. _([f(ZONx)dsz.



| i
Céu 10: Cho f(x) 1a ham 6 lién tuc trén R va jf(x)dx =2017. Tinh [ = I (sin 2x)cos 2.xdx.
0

2 B. /=217 C. 1=2017. p. -2

T 2017 2 2

2 1
Cau 11: Cho tich phan If(x)dx = a. Hay tinh tich phan [ = Ix.f(xz +1)dx theo a.
1

0

A. I =2a. B. I =4a. C.I= D. /=

NG N

a
>

. 1
Céu 12: Cho ham s6 y = f(x) lién tuc trén R va thoa man Ide e. Ménh d& nao ding?

| X

A. If(x)dx=l. B. _(i;f(x)dx=e. C. J:f(x)dx=l. D. _if(x)dx=e.

x 3r
Céu 13: Biét F(x) 1a mot nguyén ham ciia ham s y =— trén (0;+o0). Tinh I dx
x x
A. 1=3[F(2)-F(1)]. B. I=F(6)-F(3)
C. I:M. D. I=3[F(6)-F(3)].

4
Cau 14: Cho ham s6 f(x) lién tuc trén R va [ £ (x)dx =2. Ménh dé nao sau ddy sai?

-2

2 3

A. _jf(zx)dx=1. B. [ f(x+1)dx=2.

-3

C. jf(2x)dx:2. D. f(x—2)dx=l.

1
2

© ey N

Cau 15: Cho f(x) c6 dao ham trén doan [1;2], /(2)=2 va f(4)=2018. Tinh I = jf'(zx)dx.
1
A. I =-1008. B. 1=2018. C. 1=1008. D. [ =-2018.
Chu 16: Biét j f (3x—1)dx =20 .. Hay tinh tich phan / = j £ (x)dx.
1 2
A. 1=20. B. I = 40. C. I=10. D. I =60.
Cau 17: Biét T f(x)dx=81. Tinh I = i £ (9x)dx.
0 0

A. I=3. B. 7 =81. C. 1=27. D. I=9.



| ey 7
Cau 18: Cho f'(x) lién tyc trén R théa man I—dx =4 va _[f(smx).cos xdx =2.
1 0

Jx

Tinh tich phan 7 = j 1 (x)dx.

0
A. 1=2. B. I =6. C. I1=4 D. I =10.
Cau 19: Cho ham s6 f(x) c6 dao ham lién tuc trén khodng [1;2] théa man jf'(x)dx:IO va
. i
!%dlenl Biét ring ham s6 f'(x)>0,¥x e[1;2]. Tinh £(2).
A. f(2)=-10. B. f(2)=20. C. £(2)=10. D. f(2)=-20.

Cau 20: Cho ham s6 £ (x) lién tuc trén khoang [—1;+o0) va

=

2
f(\/x+1)dx =4. Tinh _[xf(x)dx.
1
A. I=8. B. [=4. C. I=16. D. I=2.
N :
Cau 21: Biét [ xf (x)dx=4. Tinh [ f(cos2x).sin 4xdx.
0 0

A. 1=2. B. I =6. C. =8 D. I =4.

NI

1
Cau 22: Biét [xf (x)dx = % Tinh ['sin2x./ (sin x) dx.
1

2 5
A 1=2, B.7=-2 c.r=1 D. /=1.
3 2
, 2 4
Cau 23: Biét [ f(x* Jxdx =1. Tinh [ f(x)dx.
0 0
A I=2. B. [=4. C.I:%. D. I=1.
, 2 1
Cau 24: Biét [ f (x)dx=3. Tinh [ £ (|2x])dx.
0 -1
A 1=3. B. [=6. c.1=%. D. I=0.

2 3
Ciu 25: Cho f(x) la ham sb lién tuc trén R théa man Jf(x)dx =-5va If(Zx)dx =10.Tinh gia tri cta
0 1

2

I= Jf(3x)dx.



3

A. I=8. B. /=5 C. 1= D.1=6
, 5 2

Cau 26: Biét [ f(x)dx=15. Tinh [[ f(5-3x)+7 ldx.
-1 0

A. I=15. B. [=37. C. 1=27. D. 1=19.
2 4

Cau 27: Biét [ f(x)dx=-3. Tinh | f[%jdx.
1 2

A. I=-6. B.I:—% C.I=-1. D. =5

SN

. " . o XS () .
Cau 28: Cho f(x) lién tyc trén R va cac tich phén _[f(tan x)dx=4 va I2—1dx =2.Tinh tich phan
. X0+

1
=If(x)dx.
0
A. [=6. B. =2. C. =3 D. /=1
2
Cau 29: Biét [V2x—ldv= —%+ ¢ v6i a,b,cla cac sb nguyén duong. Tinh a+5” +¢’.
A.37. B.11. C. 45. D.27.

1
Cau 30: Biét [6-3xdx=a —% véi a,bla cc s nguyén duong. Tinh a® —b.

A.31. B. 18. C. 12. D. 24.
. 1
Cau 31: Bict j \/Z—— v6i a,beZ" . Tinh tong a +b.
o Vx+1 +\/—
A. 28. B. 30. C. 32. D. 36.
2
Cau 32: Biét | dx _Na—Vbre a,b,ceZ’ . Tinh a+b+c.
L Vx+1—+/x—1 3
A. 36. B. 42. C.27. D. 54.

dx

x+1)\/; x\/xT

Céu 33: Biét j =a~b —a véi a,b,cla cac s nguyén duong. Tinh gia tri cua biéu thic

P=b-a.

A. P=-5. B. P=-1. C. P=5. D. P=1.
2

Ciu 34: Cho a,b,c la cac s6 nguyén duong thoa min j =va—+/b-c. Tinh
,x+1 x+x\/x+1

P=a+b+c.

A. P=24. B. P=12. C. P=18. D. P =46.



=Ja /b -c véi a,b,ceZ". Tinh P=a-bc.

Cau 35: Biét j dx

s XV X — 1+(x—1)«/;

A. P=16. B. P=-19. C. P=19. D. P=—16.
0
Cau 36: Biét | _ax  _a b v6i a,b nguyén duong. Tinh T = a® —2b+1.
1+41+x 3 3
A. T=1. B. T =4. C.T=-2. D. T =5.
4
Cau 37: Biét | /x+l=2dx=2+% véi % 1a phan sb t5i gian. Tinh tong a +b.
X
1
A. 14. B.3. C.17. D. 20.

2
Cau 38: Tinh tich phan [ = j 2xvx* —1dx bang cach dat u = x> —1, ménh d& nao dudi day dung?
1
3 2 3 1 2
A. I:2jx/;du. B. I:Ix/;du. C. 1=j\/5du. D. 1=5N5du.
1 1 0 1

2
Cau 39: Cho [ = [xv4—x’dx vd t=+4—x". Khang dinh ndo sau day sai?

1

2 |3 NG} A B
C.Izjtzdt. D.[=—

0 0 0

A. T=+3. B.I:%

3
\ae m ‘e \ ~ J4
va dat 1t =+/2x+3, ta duogc I:J-Z—dtvcn m,n la nhitng so
t"+n
2

3

Cau 40: Cho tich phan [ = j
l 2x +
2

nguyén. Tinh 7 =3m+n.
A.T=17. B. T=2. C.T=4 D. T =5.

V1+3Inx

Cau 41: Cho [ = I—d va dit £ =+/1+3Inx . Khing dinh nao sau day dung?
2 e 2 2 2 2 2 e
r==[rat. B. [ == C.1==[rar. D. ==t
3 3 3 39

Cau 42: Cho I = I—dx va dat ¢ =+/x+1. Khang dinh nao sau dy ding?

1+\/:
I:j(tz +1)dt. B. Iz'z[(Zt2 + 2t )dt. C. Iz'z[(t2 —t)t. D. =j(2t —~2t)dt.

1
z

Cau43: Cho I = jﬂd va dat ¢ =+/1+cosx . Khing dinh nao sau diy dung?

o V1+cosx



5 5
A.1=jud B.Izjﬂdt. c.1=4f(z2—1)dr. D.1=4f(1—r2)dt.

72 t 1 1

sin’ x

Céu 44: Cho 7 = | ™ *sinxcos® xdx va dit ¢ =sin’ x . Khang dinh nao sau day dung?

o —o |y

A. T =%He’dt +.:[te’dt}. B. :%Uetdt —_:[tetdt}.

0 0

C.I= ZUe’dt +Jl.te’dt}. D. /= 2ﬁetdt —jtetdt}.
0 0

0 0

1
Cau 45: Cho [ = I%/l —xdx vadat ¢ =3/1-x . Khang dinh nao sau ddy ding?
0

A I= 3jtdt. B. = jfdt. C.I= 3jt2dt. D. /= 3jt3dt.
0 0 0

0

Va

4
Cau 46: Cho [ = J- 2sm xX— 1 sin4xdx va dat ¢ = cos2x . Khing dinh nao dang?
0

1
I:ljt4dt. B. =
2

V2
1 2

Ytear C. I:_[tsdt. D. = It“dt.
2 0

R L

2
Cau 47: Cho [ = [2xx* ~1dx vadat u=x"~1. Tim khang dinh sai?

2 3 3
A. Izj\/ldu. B. I%Jﬁ C. zzjﬁdu. D. Izéu\/;
1 0 0
Cau 48: Cho [ = Iln—x dx vadat t =+/31n” x+1 . Khing dinh nao dtng?
1 xvV3In? x+1
2 4 & e
A.l:ljdt. B.I:ljldz. C.I:g_[tdt. D.l:ljﬂdt.
3 219 3 f 4+ ¢
CAu 49: Cho [ = J.x(l—x2 )10 dx va dit u =1—-x*. Khing dinh nao sau day ding?
A. I=—2J.u10du. B. ]=J.2u10du. C. ]:lj.ulodu. D. Iz—ljulodu.
2 2
] Inm exdx
Cau 50: Tim tham s0 m thoa man [ = J =In2.
o e +2
A.m:%. B. m=2. C. m=4. D. m=0,m=4.



, In6 dx
Cau 51: Biét j

———=3lna—-Inb véi a,b la cac sé nguyén duong. Tim P = ab.
e +2x =3

A. P=10. B. P=-10. C. P=15. D. P =20.
5

: dx
Cau 52: Biét | ——
Jl‘x\/3x+1

A. 4. B. 5. C. 1. D. 0.

=aln3-bIn5 voi a,beZ. Tinh a* +ab+3b°.

4
Ciu 53: Biét j _ L —a+b h% Vv6i a,b e Z. Ménh dé nao dudi day 1a dung?

0 3+2x+1

A. a+b=3. B. a—-b=3. C.a-b=5. D. a+b=5.

1
Cau 54: Biét [ del :a+bln1+Te Vi a,b 1a céc s hitu ti. Tinh S =a’ +b°.
0 € T

A. §=2. B. §=-2. C. 5S=0. D. §=1.

Inx , - 2 . \ A ,
——————dx=Ina+b voi a,b € Q. Khang dinh nao sau day dung?

1 x(Inx+2)

Cau 55: Biét

—

A.2a+3b=3 B.l—bzl C. 4a*> +9p> =11 D.2ab=1

a



LOI GIAI BAI TAP TU LUYEN

2 2
Caul: 7= f( 3x)dx—§jf (3x)d (3x) = jf x)dx— 12=4. Chon D.
0 0
2 12 10 8
Cau2: / :Jl. Sx)dx—g.!.f Sx)d 5x :g x)dx—— — =—§. Chon B.
5 15 1
Cau3: [ =£ 2x)dx—5£f 2x)d (2x) _Ei x)dx— .10=5. Chon B.
R 2 12 1
Caud: I=|f 3x)dx—§jf 3x)d (3x) =—jf(x)dx=§.12=4. Chon D.
0 0
2 12 14
Caus: [ =£ 2x)dx—5£f 2x)d (2x) _E! x)dx— .16=8. Chon B.

L |
f(sm3x cos 3xdx = I sm3x)d s1n3x) =§If(x)dx =%.9 =3. Chon C.
0

0

Cau 6:

~
Il

10

(3x+1)dx=%jf(3x+1)d(3x+1)=%jf(x)dx=§.18=6. Chon B.

4

Cau 7:

4
4x)dx_—jf 4x)d (4x) _%l x)dx=%.2=%. Chon B.

@
&>
=
=]
||

1 2017

[ £(2017x)d (2017x) = jf =—. ChonD.

0

Cau 9:

~
Il

~
Il
) S—— ol—,_a _'—,w O — | N

1
2017x dx =
S (2017 =

4 1 1
Cau 10: / =If(s1n2x cos2xdx— I sin 2x)d s1n2x =%I x)dx—
0 0 0
1
!

2017

. Chon B.
Caull: /=[x.f(x +1)dx_—jf X +1)d (x +1)=—j x)dx—— Chon C.

(x)dx =e. Chon B.

=

Cau 12: j‘wdx e<:>_[f lnx)d lnx)

o'—.—

6

= F(6)—F(3). Chon B.

Cau 13: j.
1

Cau 14: [ = jf 2x)dx_—jf 2x)d (2x) = j x)dx:%.Zzl nén dép 4n C sai. Chon C.

-2

2

Cau15: [ = .!.f'(2x)dx=%.!f'(2x)d(2x) :%f(2x) =M=IOO8. Chon C.

1

Ciu 16: J‘f(3x—1)dx:20©%if(3x—l)d(3x—l):20<:> jf(x)dxz60. Chon D.

1



27

Ciu 17: 1 =if(9x)dx=éif(9x)d(9x)=éjf(x)dx=%.81 ~9. Chon D.

0

9 £(~/x 9 £(~/x 9 3
Cau 18: J;%dx:4c>2!%&:4@.!‘f(\/;)d(\/;):2<:>_!.f(x)dx:2

Taco | f(sinx).cosxdx =2 <

S 0 [N
St [N

f(sinx)d(sinx)=2 <:>j;f(x)dx=2

Ta cod I:jf(x)dx:jf(x)dx+if(x)dx=2+2=4. Chon C.

2

Cau 19: J%f'(x)dx:10<:>f(x) =10 f(2)-f(1)=10

1

Ta ¢6 j%ﬂ:lnz@j%x:mz@mmxﬂj:lnzcln%‘ﬂnz@%:z

Turdo suyra f(2)=20, f(1)=10. Chen B.

Cau20: Pit t=Vx+1l o =x+22dt =dx. Véi x=0=t=1,x=3=¢=2
3 2

Taco [ fx+lde=4<|f(t).2edt = 4<:>fo )dx=2. Chon D.
0 0

i i
Caul: [ = j2sin 2Xx.cos 2x.f(cos 2x)dx = —I cos 2x.f(cos Zx)d(cos 2x)
0

0

0

=—[of (¢)dt = jxf(x)dx =4. Chon D.

1

V4
1

sinx.f (sinx)d (sinx)=2[t.f (¢)dt =1. Chon D.

2
Cau 22: [ = [ 2sinx.cos x.f (sinx)dy =2

AN [N

6

Cau 23: Tacod lzéj:f(xz :%I t)dtz%l:ﬂzz. Chon A.
Cau24: [ = j.f(|2x|)dx+j-f(|2x|)dx = If(—Zx) dx+jf(2x) dx
:Jf(z)d(—%)+.[f(u)d( j %J. S (x)dx+—= J-f x)dx=3. Chon A.

jf(x)dx:ij(x)dszO.

N | —

6
Cau 25: Ta c 10 = J.f(t)d(éj _
2



Lai c6 1=jf(u)d(%]=§jf(x Df x)dx+jf dx}—S Chon B.

Ciu 26: [ = jfs 3x)dx+7jdx jf (3) +72=— jf )dx+14=19. Chon D.

Cau27: [ = i f(0)d(2)= 2} f(x)dx = 6. Chon A.

1

L3

tf tan t
I tan t
0

Cau 28: Taco 2= jf x)dx — j

x’ +1 tan t+1

tant
=1- f(2 ) 12 dt=1-|f(tanx)dx=1=6. Chon A.
tan“t+1 cos” ¢

O |y
o'—.-b\hl

A
3\/; ! . Chon A.

Cau 29: sztd[t ”j f
1 1

NE} 2 3 3
Cau30: 1= [ 6-1 :jtﬁdr:zi
3 3 )43 9

T54-6V3 18-243
—

5 9

Chon D.

2

Cau 31: Izj-(M—\/;)dx:ftd(ﬁ —1)—j.ud(u2)

V2 1
I 2tdt — Iu 2udu =—

1 1} ¢
= j 1.2tdt +— j u2udu = —
2 29 3

f dx

'!.Jx(x+l)(\/E—\/;).

Lai c6: \x(x+1)++/x (Va+1- I)_1:>F [_\/ﬁ+\/§

Cau33: Tacod [ =

!\/7 T[Jl_ \/§+1jd Uzcjc— jZ(J:ll)j
=(2\/§+2«/E)T

=2y3-2=a=2;b=3=P=b-a=1. ChenD.




f dx
Cau34: Tacd [ =

x(x+1) (\/EJM/;)
Lai co: ( x<x+1)+¢;)(m_¢;):bmzm_¢;

j ﬁ _j(f @Jd 2@?}‘??3211)}

2
2(2\/;—2\/x+1) —42-23-2=V32-V12-2=a=32:h=12;c =2
1

Vay a+b+c=46. Chon D.

W( )

Lai co: (\/;—i-\/ﬁ)(\/_—\/;) T—\/_ s

Cau35: Tacod [ = I

= RF e R
= (2vx-1-2x)

6
=25 -2J6-4+2J5 =80 —24 —4 = 4 =80;b=24;c = 4
5

Vay a—bc=-16. Chon D.

, x=-1=¢=0
Cau 36: Dit t =1+ x = ¢* =1+ x = 2tdt = dx. Pdi can

x=0=¢r=1
1 1 1
Khi d6 1 =j j( jdt:(i (r+1)3—4\/z+1j _8-V32
0 0 3 0 3
Do d6 a=8;b =8> =322+1=1. Chon A.
‘/ LY gecf [ vrs—ae ) (245 245 )
Cau37: Taco |, [x+— +2dx ( jdx: ( x+—dxj :(— X +2 xj
f Py e a3 |
=§_2+H_2+ =a+b=17. Chon C.
3 3 b
Cau 38: Pit u = x> —1= du = 2xdx.
, 3
Déiczfmx:1:>u:0;x:2:>u:3.KhidéIzjx/;du. Chon C.
0
x:1:>t:\/§

Cau 39: Diit 1 =v4—x* = > =4—x* = tdt = —xdx. Ddi can
x=2=1t=0



N
= \/§ Kh'fmg dinh sai Ia B. Chon B.

3

0 NE) ¢
Khi do I = jt(—tdt):jtzdt:—
NG 0 3

1
2 =_:>t:2
Chu 40: Dt 1 =2x+3 = 1> = 2x+3=> 2tdi = 2dx <> tdi = dx. Ddican | 2

x=3=¢t=3

Khido I = =I

2_ -1
2(t 3+1]t !
2

1:>T=3m+n:5. Chon D.
n=-—

3 tdt L 2dt {m=2
==

, =l=tr=1
Cﬁu41:£)51tt:\/1+3lnx:t2:1+3lnx:>2tdt:%.Déicén *
X xX=e=>t=2
2 2 22
Khi do I = [t.Ztdt == [¢dt. Chen C.
1 3 31
" . 5 2. . | x=0=>1=1
Cau 42: bat t =+x+1 =1t =x+1= 2tdt = dx. P01 can
x=3=>1t=2
2 l 2 2
Khi d6 1= [~ 20 =[(¢-1).2tdt = [ (2¢* ~2¢) dt. Chn .
1+ 1 1
x:0:>t:\/§

Cau 43: Dit t =+/1—cosx = * =1—cos x = 2tdt = —sin xdx. D6i can
x=—=t=1

29 12 2 1 (=2tdt) 2
Taco I jsmxcosx‘lx j )=4j(12—1)dr. Chon C.
0 J1+cosx 7 1
x=0=>1t=0
Céu 44: Dit 1 =sin® x = dt = 2sin x cos xdx. Pdi cin p

x=—=1t=1

Khido I =

S o [y

1 1
™ sin x cos x.cos> xdx —Ie’ 1 t )Cg ;[J-etdl—_[l‘etdf} Chon B.
1 0 0

Cauds: Dit t=Rl-x =t =l-x o 3’dt=-dx < dc=-3t°dt. V6i x=0=t=1,x=1=1=0

Taco I = Tt.(—3t2dt) = 3jz3dt. Chon D.
1

Cau 46: Dat 1 =cos2x < dt =—-2sin 2xdx. Voi x=0:>t=1,x=%:>t=0

N

(SR N

4 1
Khido 7= I ZSm x— 1 * sin 4xdx = cos* 2x.2 cos 2x sin 2xdx =It5dt. Chon C.
0 0



Caud7:Pit u=x"-1< du=2xdx. Véi x=1=2u=0,x=2=u=3

2 3 3
Taco I =J.\/x2 —1.2xdx:_|.\/;du =§u\/; =§\/ﬁ Do d6 dap 4n A sai. Chon A.
1 0 0

Cﬁu48:£)51tt:\/3ln2x+1:>t2:31n2x+1<:>2tdt:6lnxdx. Véi x=l=t=lx=e=t=2
X
e 2 2
Taco [=[—0% oo ﬁl:lfdt. Chon A.
1X\/311’12X+1 1 3¢ 31

Ciu 49: Pt u=1-2" & du=-2xdx. Taco I = [x(1-x*) dx = —%Iulodu. Chon D.

In3 In3 In3 In3

Inm X lnmd x+2 Inm
Cau 50: Taco | ¢y = | ( )zln(e"+2) —In(m+2)-In3=In""2
v e +2 v et+2 0
Inm x
Ma | A =2 2o 2 1h2 e m=4. Chon C.
) e +2
In6 X In6 In6
Cau 51: Ta co j I e dx J e =In =
e +2e" e +2-3¢" e —1 (e 2)

=1n%—ln%=3ln2—ln5. Dodosuyra a=2,b=5= P=ab=10. Chgn A.

2tdt =3dx
Cau52: Dt t=\3x+1 = =3x+1< 2-1.Voix=1=t=2,x=5=t=4
X =
3
2tdt
todx 3 42tdt |t 1 1
Taco = = [2—=[3 I3 Ini=2In3-In5
' x\3x+1 5t _lt ot — |t+1| 5 3
3

Dod6ésuyra a=2,b=-1=>a’+ab+3b> =5. Chon B.

Caus53: Pit t=V2x+1 =1 =2x+1< 2dt =2dx < dy=tdt. Véi x=0=>t=1,x=4=¢=3

3

el h 2
T l-— t 3In{t+3|)| =2+3In—
aco£3+\/2x+1 I3+t !( 3+t]d n| |)1 n3
Dodésuyra a=2,b=3=a+b=5. ChgnD.
1 1 x X 1
Cﬁu54j j j | R P L e I I L
e +1 Oe e’ +1 "€ e +1 |e +1| e+l 2 e+

Dodésuyra a=1,b=—1=S=a’+b’=0. Chon C.



Cau 55: Tacoj: jlnx‘l (In) —f ! 2 (Inx)
. 1xlnx+2 lnx+2 | Inx+2 (mx+2)

:@qu+4+l 2 j

_1E+%_1__l+m3:>a—éb:—l:>l—b:LChmﬂi
2 3 3 2 2 3 a

nx+2
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