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Hoc dé khang dinh minh!

CHU PE 2: QUAN HE SONG SONG TRONG KHONG GIAN
§1. PUONG THANG VA MAT PHANG TRONG KHONG GIAN

I. LY THUYET CO BAN
1. Khai niém mé diu

+) Diém A thudc mit phing (P) ,kihiéu A € (P)

+) Diém B khong thuc mat phing (P), ki hi¢u B ¢ (P)

Néu A € (P) ta con ndi A nam trén (P), hoac (P) chira A, hoac (P) di qua A.

2. Céc tinh chit thira nhin

Tinh chét 1: C6 mot va chi mot dudng thang di qua hai diém phan biét.

Tinh chat 2: C6 mot va chi mot mat phang di qua ba diém khong thang hang.
Tinh chét 3: Tdn tai bén diém khong cung thudc mot mit phiang.

Tinh chat 4: Néu mot duong thang c6 hai diém phan biét cing thudc mot mit phang thi moi diém
cta dudng thing déu thuoc mit phing doé.
Tinh chat 5: Néu hai mit phang phan biét c6 diém chung thi cac diém chung cua hai mit phang 1a
mot duong thing di qua cac diém chung do.

Chii y: Hai mit phang phan biét (P)

tuyén ctia hai mp d6. Ki hiéu: d = (P) N <Q>
Tinh chat 6: Trén mdi mit phang cac, két qua da biét trong hinh hoc phang déu dung.

3. Cach x4c dinh mit phang

Cach 1:

3 diém phan biét khong
thang hang A, B,Cxac
dinh duy nhat mot mat

phing.

Ki hi¢u: ABC

i/

Cach 2:
Ton tai duy nhat 1 mat
phing di qua diém A va
chta duong thing d (
Add).

{—

Ki hi¢u: mp A d

Cach 3: ) i
Ton tai duy nhat 1 mat phang
chta hai duong thang cat

nhau a,b .
/// /

Ki hiéu: mp a, b

4. Nguyén tic vé hmh

Khi v& mot hinh khong gian 1én bang, 18n gidy ta tuan thu nguyén tic sau:

Nguyén tac 1: Hinh biéu dién ctia duong thang 1a duong thang, ctia doan thang 1a doan thang.

va (Q) c6 mot duong thang chung d thi d duoc goi 1a giao

Nguyén tic 2: Hinh biéu dién cua hai duong thang song song la hai duong thing song song, hai
duong thang cat nhau 1a hai duong thang cat nhau.

Nguyén tic 3: Giit nguyén quan hé thudc gitra diém v6i duong thang.

Nguyén tic 4: Nét lién dé v& duong nhin thiy, nét dut doa dé v& duong bi che khuit.

Nguyén tic 5: Bao toan ty 1¢ giira cac doan thang song song, cac doan thang cling nam trén mot
duong thing. Khéng bao toan vé goc.

Nguyén tic 6: Mot tam giac bat ky déu duoc coi 1a hinh biéu dién cua tam giac c6 dang tiy  (

vudng, can, déu).

Nguyén tic 7: Hinh binh hanh 1 hinh biéu dién cho hinh binh hanh c6 dang tuy y (hinh binh hanh
, vudng, chit nhat, thoi) va kém theo ki hiéu vudng, bang nhau ncu 1a hinh dac biét.
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S S B C S
A
A c D ,E.B.' ...... .l A D
Cac mit phang: B B C P 74 B :
! 5l
» Nhin thdy (s4B),(sBC) | (SBC),(SCD) (ABCD>’<%DID A). | (saB)(s5c)
(pcc'D) (scp)
» Khong nhin (s40),(450) (SAB),(SAD), | (A'B'C'D'),(ABB'A'), (s4D).(4BD)
thay ’ (ABCD) (BCC'B) ’

5. Hinh chép va hinh tir dién

5.1. Hinh chép.
+) Trong mit phang (a) cho da giac 16 AA.A . Lay diém
S nam ngoai (a).
+) Lan luot nbi S véi cac dinh ALA,,...,A tadugc n tam 4,
gidc SAA,,SAA,,...,SA A . Hinh gom da giac AA,..A va
n tam giac SAA,,SAA,,...,SA A duge goi la hinh chop, ki 4,
(P)

higula S.AA,..A .
+) Ta goi S la dinh, da giac A A,..A la day, cac doan
SA,SA,,...,SA 1a cic canh bén, A A, A A

SAA,SAA

ol LA

5.2. Hinh tir dién

277727730

.,8A A lacac mat bén...

43

Cho bdn diém A, B,C, D khong dong phang. Hinh gom bon
tam gidc ABC,ABD, ACD va BCD dugc goi la tor dién

ABCD.

Trong d6: AB va CD, AD va BC, AC va BD la cac

cap canh doi dién.
* Pac biét:

+) T dién déu 12:1 tt dién co tt ca cac canh bépg Qhau.
+) T dién gan déu la tr dién c6 cac cap canh doi bang nhau.
5.3. Thiét dign: Cho hinh (H ) (1a hinh chép hogc i di¢n) va

A A la cac canh ddy, cic tam gidc

mit phang (a) . Phin chung cua hinh (H ) va (a) duogc goi 1a thiét dién cua hinh (H ) khi cit

boi (a).

* Ciich xdc dinh thiét di¢n ciia hinh (H )khi cit boi (a):

+) Buére 1: Xac dinh giao diém (néu c6) cila cac canh ctia hinh (H ) va (a) .
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+) Buéc 2: ndi cac giao diém tim duoc ta duoc da giac chinh 1a phan chung cta hinh (H ) va
(a) . Pa giac d6 chinh Ia thiét dién can tim.
BAI TAP VAN DUNG
Dang 1: Tim giao tuyén ciia hai mit phing
Vé‘vdang‘ nay diém chung thir nhd:t thuong dé tim. Piém chung con lai cdac ban phai tim hai
dwong thang lan heot thugc hai mat phang, dong thoi chung lai thugc mat phang thir ba va ching
khong song song. Giao diém cua hai duwong thang do la diem chung thur hai.
~ Cac ban phai nh¢ k§: Giao tuyén 1a duong thing chung cua hai mit phiang, c6 nghia 1a giao
tuyen la duong thang vira thuoc mat phang nay vira thuéc mat phang kia.
Caul. Chotirdién ABCD. Goi I,J lan luot 14 trung diém cua AD, BC .
a) Tim giao tuyén ctia 2 mat phang (IBC),(JAD).

b) M 1a mot diém trén canh AB, N 1a mot diém trén canh A C' . Tim giao tuyén ctia hai mat phang
(IBC),(DMN).

Cau2. Chotirdién ABCD. M la mot diém bén trong AABD, N 1a diém bén trong cia AACD
. Tim giao tuyén cua cac cdp mat phang

a) (AMN) va (BCD). b) (DMN) va (ABC).

Ciu 3. Cho hinh chép S.ABCD, c6 ddy ABCD la hinh binh hanh. I,J, K lan luot 1a trung diém
cia BC,CD,SA .Tim giao tuyén cta

a) (IJK)va (SAB). b)(IJK)va (SAD). ¢) (IJK)va (SCB). d) (IJK)va (SDB).

Cau4. Cho hinh chép S.ABCD, c6 ddy ABCD 1a hinh thang c6 day 16n AD. Goi [1a trung
diém cua SA, J la diém ndm trén ADsao cho JD = iAD, K € SB: SK = 2BK .Tim giao
tuyén cua hai mit phing:

a)(IJK)va (ABCD). b) (IJK)va (SBD). c) (LJK)va (SCB).

Céau 5. Cho hinh chop S.ABCD, day ABCD la tir giac c6 cac cap canh dbi khong song song,
diem M thudc canh SA. Tim giao tuyén cua cac cdp mat phang:

a) (SAC) va (SBD) b) (SAC) va (MBD) ¢) (MBC) va (SAD) d) (SAB) va (SCD)
Ciu 6. Cho bdn diém A,B,C,D khéng cung thudoc mot mit phang. Trén cic doan thing
AB,AC,BD lan luot lay cac diém M,N,P sao cho MN khong song song véi BC'. Tim giao
tuyén ciia (BCD) va (MNP).

Dang 2: Tim giao tuyén ciia dwong thing va mit phang

Mubn tim giao diém ctia duong thang 4 va mat phang (o), c6 hai cach lam nhu sau:
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Cich 1: Nhirng bai don gian, c6 sdn mot mit phang (3) chira
duong thang d va mot duong thang a thudc mit phang ().

Giao diém cua hai duong thing khong song song d va a
chinh 1a giao diém cta d va mat phang («)

Cich 2: Tim mot mit phang (3) chira duong thang d, sao
cho dé dang tim giao tuyén véi mit phang (o). Giao diém ciia

duong thang d va mat phang (o) chinh 13 giao diém cua
duong thang d va giao tuyén a vira tim.

Cau7. Chotiordién ABCD . Trén AC’ va AD lan luot léy cac diém M, N sao cho MN khong
song song voi CD . Goi O 1a mdt diém bén trong ABCD .

a) Tim giao tuyén cua (OMN ) va (B CD).

b) Tim giao diém ciia BC va BD véi mit phing (OMN )

Cau 8. Cho hinh chép S.ABCD. M 1a mét diém trén canh SC'.

a) Tim giao diém ciia AM va (SBD)

b) Goi N 1a mot diém trén canh BC'. Tim giao diém cua SD va (AMN )

Cau9. Chotirdién ABCD.Goi M, N lan luot 1a trung diém cia AC va BC. K 1a mot diém
trén canh BD va khong trung véi trung diém ciia BD. Tim giao diém cia CD va AD voi mat
phéng (MNK ).

Cau 10. Cho tirdién ABCD . Goi M, N lan luot I trung diém ciia AC' va AD. O 1a mot diém
bén trong ABCD . Tim giao diém cua:

a) MN va (ABO). b) AO va (BMN).

Cau 11. Cho hinh chép S.ABCD, c6 day 1a hinh thang, canh day 16n AB . Goi 1,J, K 1laba diém
lan luot trén SA, AB, BC'.

a) Tim giao diém ctia IK va (SBD).  b) Tim giao diém ctia mit phang (LJK ) véi SD va SC

Céu 12. Cho hinh chép S.ABCD, day ABCD c¢6 AD va BC khong song song v6i nhau. Lay
I thudc SA saocho SA = 3IA, J thudc SC va M latrung di€m ctua SB.

a) Tim giao tuyén cua (SAD) va (SBC) b) Tim giao diém F cia AB va (IJM)
¢) Tim giao diém F ctia BC va (LJM) d) Tim giao diém N cita SD va (1JM |

Dang 3: Tim thiét dién
I. Phwong phap tim thiét dién
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Thiét dién cta hinh (H) va hinh (Q) 1a phan chung nhau giita 2 hinh d6.

Thiét dién ctia mit phang (o) voi hinh chép (H) 1a phan chung giita mét phiang (o) va hinh chép
(H). ]

Dac diem

- Thiét dién 1a da giac kin.

- Céc canh cua thiét dién ndm trén cac mit cua hinh chop.

- Canh cua thiét dién dugc hinh thanh tir nhiing doan giao tuyén cua mat phéng cit v6i cac mit cua
hinh chop.

- Trong gidi han hinh chép thi Thiét dién c6 thé cat hodc khong cit tat ca cac mit clia hinh chop.
Phwong phap tim thiét di¢n

- Xac dinh diém chung c6 sén.

- Tir cac diém chung c6 san ta xac dinh giao tuyén ctia mit phang véi cac mit chua diém chung d6.
- Tir giao tuyén do ta xac dinh doan giao tuyén bang cach tim giao diém cua giao tuyén véi cac
canh cta mat phang do.

- Tir giao tuyén tim duoc ta tién hanh tim giao tuyén va cac doan giao tuyén con lai cho dén khi
duoc 1 hinh kin.

Cau 13. Cho hinh chépS.ABCD, day 1a hinh binh hanh timO. Goi M,N,I 1a ba diém trén
AD,CD,S0. Tim thiét di¢n cta hinh chép véi mat phang(MNI ).

Céu 14. Cho hinh chop S.ABCD .Trong tam giac SBC, lay mot diém M . Trong tam giac SCD,
lay mot diém N .

a) Tim giao diém ctia MN va (SAC). b) Tim giao diém cia SC' véi(AMN ).

¢) Tim thiét dién ciia hinh chép S.ABCD véi mat phang

Ciu 15. Cho tir dién ABCD . Goi H, K lan lugt 14 trung diém cta cac canh AC, BC' . Trong mit
phang (C’DB ) ldy diém M sao cho hai duong thang KM va CD cat nhau. Hay tim thiét dién ciia
hinh chép véi mét phang (HKM ).

Cau 16. Cho hinh chép S.ABCD c6 ddy ABCD 14 hinh binh hanh tim O, goi M, N, P theo thir
tir 14 trung diém cua cac canh SB,SD,0C .

a) Tim giao tuyén ciia (MNP) véi (SAC)  b) Tim giao diém ctia SA véi (MNP)
¢) Tim thiét dién ctia (MNP) v6i hinh chop.

Céu 17. Cho chép S.ABCD, M thudc SC;N, P trung diém AB, AD.

a) Tim giao diém ctia CD va(MNP) b) Tim giao diém cita SD va (MNP)
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¢) Tim giao tuyén ciia (SBC) va (MNP) d) Tim thiét di¢n cia chép va (MNP).
Cau 18. Cho tir dién déu ABCD, car}h bing a.Kéo dai BC' mét doan CE = a. Kéo dai BD
mot doan DF = a. Goi M 1a trung diem AB.
a) Tim thiét dién ctia tir di¢n voi mat phing (MEF ). b) Tinh dién tich cua thiét dién.
Céu 19. Cho hinh chép S.ABCD, c6 day 1a hinh binh hanh ABCD . M 1a trung diém SB va G
la trong tam tam giac SAD.
a) Tim giao diém I cia MG véi (AB CD), chtng to I thudc mit phang (CM G )
b) Chiing t6 (CMG) di qua trung diém cta SA, tim thiét di¢n ctia hinh chép véi (CMG).
¢) Tim thiét dién cta hinh chép véi (AMG).
Dang 4: Chirng minh ba diém thiang hang

bé chimg minh ba diém ( hay nhiéu giiém) thing hang ta chimg minh chang la dién} chung
cua hai mat phang phan biét, khi d6 ching nam trén dudng thang giao tuyén cua hai mét phang nén
thang hang.
Ciu 20. Cho ttrdién SABC . Trén SA,SB va SC lay cac diém D,F va F sao cho DE cit AB
tai I, EF cit BC tai J, FD cit CA tai K .Chung minh ba diém I,J, K thang hang.
Céu 21. Cho tir dién S.ABC ¢6 D, E lan luot 1a trung diém cua AC, BC va Ga trong tdm cua
tam gidc ABC'. Mt phang (o) di qua AC' cit SE,SB lan luot tai M, N. Mot mit phang (/3) di
qua BC cit SD,SA twong tmg tai P va Q.
a) Goi ] = AM N DN,J = BP N EQ.Chimg minh S,I,J,G thang hang.
b) Gia st K = AN N DM,L = BQ N EP . Ching minh S, K, L thing hang
Céu 22. Cho tir gidc ABCD va S ¢ (ABCD). Goi M, N 1a hai diém trén BC va SD.
a) Tim giao diém I = BN N(SAC). b) Tim giao diém J = MN N (SAC).
¢) Chirng minh C,I,J thang hang.
Céu 23. Cho hinh binh hanh ABCD, S la diém khong thuge (ABCD). Goi M, N lan luot la
trung diém ciia AB va SC..
a) Tim giao diém I = AN N (SBD). b) Tim giao diém J = MN N (SBD).
¢) Chirmg minh I,J, B thing hang.

Céu 24. Cho hinh chép SABC . Goi L, M, N lan luot la cac diém trén cac canh SA,SB, AC sao
cho LM khong song song voi AB, LN khong song song véi SC'.

a) Tim giao tuyén ctia hai mit phing (LMN ) va (ABC > .

b) Tim giao diém I = BC'N(LMN) va J = SC'N(LMN).
¢) Chirg minh M, I,J thing hang.

Dang 5: Chirng minh ba dwong thang dong quy

Mudn chung minh 3 ~duong thang dong quy ta chimg minh giao diém cua hai duong nay la
diém chung cua hai mit phing ma giao tuyén 1a duong thang thir ba

GV: Nguyén Trung Trong - &:0983.286.750 - Truwong THPT Xuin Phuong —_




Hoc dé khing dinh minh!

Céu 25. Cho hinh chép tir giac S.ABCD, goi O 1a giao diém cua hai duong chéo AC va BD.
Mot mit phang (a) cit cac canh bén SA,SB,SC,SD tung tng tai cac diem M, N, P,Q. Ching
minh rang cac dudng thing MP, NQ,SO dong quy.

Cau 26. Cho hinh chop S.ABC . M € SA saocho MA =2MS. P € SB d&&¢PS =2PB. Q la
trung diem SC . Noi MPNAB = H, MQ N AC = K . Chiing minh PQ, BC, HK dong quy.
Céu 27. Cho hinh chép S.ABCD. AC N BD = H. Mt phing (P)chita CD cit SA,SB tai
M, N . Chimg minh CM, DN,SH ddng quy.

BAI TAP DANG PUNG SAI , , q
Cau 1. Cho hinh chop S.ABCD ,biét AB cat CD tai £, AC cat BD tai F' trong mat phang day.
Ménh dé Piing | Sai

a) | Puong thang EF nam trong mit phang (ABCD).

b) | AB 14 giao tuyén ctia hai mat phang (SAB) va (ABCD).

¢) | SF1a giao tuyén ctia hai mt phang (SAB) va (SCD), SE 1a giao tuyén cua
hai mt phang (SAC) va (SBD).

d) | Goi G = EF N AD khi d6, SG giao tuyén clia mit phang (SEF) va mit
phang (SAD).

Céu 2. Cho tir dién ABCD . Goi I,J lan luot 13 trung diém cua AD, BC', M 1a mot diém trén
canh AB, N la mot diém trén canh AC'.

Ménh dé Piing | Sai
a) | 1J la giao tuyén cta hai mit phang (IBC),(JAD).

b) | ND la giao tuyén cua hai mat phang (MND),(ADC).

¢) | BI la giao tuyén ctia hai mit phang (BCI),(ABD).

d) | Giao tuyén ctia hai mit phang (IBC),(DMN) song song véi dudng thang IJ
Céu 3. Cho bén diém A,B,C, D khong dong phang. Goi M, N lan luot 1a trung diém ctia AC' va
BC'. Trén doan BD lay diém P saocho BP =2PD, E = CDN NP.
Ménh deé Ping | Sai
a) | NM 1a giao tuyén ctia hai mat phang (MNP) ,(ABC)

b) | DC 1a giao tuyén ca hai mat phang (BCD),(ADC)

¢) | Giao diém ctia duong thang CD va miat phang (MNP) 1a diém E

d) | Giao diém ctia dwong thang AD va mit phang (MNP) la giao diém ctia duong
thing AD véi dudng thing MP

Cﬁqu 4. Cho tir giac ABCD c¢éb AO va Bp giao nhau tai O va mot diém S khong thudc mat
phang (ABCD). Trén doan SC lay m¢t diém M khoéng trung véi S va C, K = AM N SO.
Ménh dé Ping | Sai
a) | SO 1a giao tuyén cua hai mit phang (SA C ) ,(ABC)

b) | SO 1a giao tuyén cta hai mit phing (SA C ) ,(SBD)
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¢)

Giao diém ciia dudong thang SO véi mit phang (ABM) la diém K

d)

Giao diém ciia duong thang SD véi mdt phang (ABM) la diém N thudc
duong thing AK

Céu 5. Cho hinh chép S.ABCD véi M 1a mot diém trén canh SC, N 1a mot diém trén canh BC
.Goi O =ACNBD va K=ANNCD.

Ménh dé

Pbung

Sai

a)

SO 14 giao tuyén clia hai mat phang (SAC) va (SBD).

b)

Giao diém ciia duong thing AM va mit phang (SBD) la diém nam trén canh
SO.

c)

KM 1a giao tuyén ciia hai mit phang (AMN) va (SCD).

d)

Giao diém ctia duong thang SD va mit phang (AMN) 1 diém nam trén canh
KM

Cau 6. Cho hinh binh hanh ABCD va mét diém S khong thudc mit phang (ABCD), cac diém
M, N lan luot 13 trung diém cua doan thang AB,SC.Goi O = ACNBD;

Ménh dé

Pbung

Sai

a)

SO giao tuyén ctia hai mat phang (SAC) va (SBD).

b)

Giao diém cta I cia duong thing AN va mit phang (SBD) la diém nam trén
duong thang SO

c)

Giao diém ctia J ctia duong thang MN va mit phang (SBD) la diém nam trén
duong thang SD

d)

Ba diém I,J, B thang hang.

Céu 7. Cho tir dién ABCD . Goi M 1a diém trén canh AB, N la diém thudc canh
MN khéng song song véi BC'. Goi P 1a diém nam trong ABCD

AC sa

o cho

Ménh dé

Pbung

Sai

a)

MN = (MNP)N (ABC)

b)

Giao tuyén ctia hai mat phang (MNP),(BCD) la duong thang cat BC

c)

Giao tuyén cuia hai mat phang (MNP),(ABD) la dudng thang cat AB va DC

d)

Giao tuyén cta hai mat phiang (MNP),(ACD) la dudng thang cat AB va DC

Cau 8. Cho hinh chop S.ABCD c6 day 1a hinh binh hanh. Goi M 1a trung di€m caa SC'. Goi [
giao diém cua duong thang AM va mat phang (SBD).

MN va mit phang (SBD) la diém thudc giao tuyén ctia hai mit phang
(SBD),(SNC)

Ménh dé Ping | Sai
a)| AMNSO =1
b) | TA = 3IM
¢) | Giao diém E ciia duong thang SD va mit phang (ABM) 1a diém thugc dudng
thang BI
d) | Goi N 1a mot diém tuy ¥ trén canh AB . Khi d6 giao diém cua dudng thang
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Cau 9. Cho t&r dién SABC . Goi M va N lan luot 14 hai diém trén hai canh AB va BC sao cho
MN khong song song voi AC' .

Ménh dé Ping | Sai
a) | Duong thang MN cat duong thang AC
b) | Giao diém ctia dudng thang MN va mit phang (SAC) 14 giao diém cia MN
va AC.
¢) | Giao tuyén cua hai mit phang (SMN) va (SAC) la duong thang di qua giao
diém ctia MN va AC.
d) | Giao tuyén ciia hai mit phang (SAN)va (SCM) l1a duong thang di qua giao
diém cua MN va AC'.
Céu 10. Cho hinh chép S.ABCD cb day 1a hinh binh hanh. Goi O 1a giao diém cua AC va

BD; M, N lan luot 1a trung diém cua SB, SD; P thudc doan SC va khong 1 trung diém cua SC

Ménh dé

Dung

Sai

a)

Giao diém E cua duong thang SO va mit phang (MNP) la giao diém cta
MN va SO.

b)

Giao diém ) duong thang SA va mit phang (MNP) 1a giao diém ciia PE va
SO.

c)

Goi I,J,K lan luot 13 giao diém cua QM va AB,QP va AC,QN va AD.
Vay I,J,K thang hang.

d)

Goi I,J,K lan luot 1a giao diém cua QM va AB,QP va AC,QN va AD.
Vay I,J, K khong thang hang

PE ON TAP: BAI 1: “PIEM, PUONG THANG VA MAT PHANG TRONG KHONG GIAN”
PH:&N I. Céu tric nghiém nhiéu phwong 4n lya chon. Thi sinh tra 19i tir cAu 1 dén cau 12.
Moi cau hoi thi sinh chi chon mgt phwong an.

CAu 1. Trong céac khing dinh sau, khing dinh nao ding?

A. Qua 2 diém phén biét c6 duy nhat mot mit phang.

B. Qua 3 diém phan biét bat ki c6 duy nhat mot mat phang.

C. Qua 3 diém khéng thang hang c6 duy nhat mot mit phing.

D. Qua 4 diém phén biét bat ki c6 duy nhat mot mit phing.

Ciu 2. Mot hinh chop c6 day 13 ngii gidc co s6 mit va sd canh 1a:
A. 5 mat, 5 canh. B. 6 mat, 5 canh.
C. 6 mat, 10 canh. D. 5 mat, 10 canh.

Cau 3. Cho hinh chép S.ABCD c6 day la hinh thang ABC’D(AD I BC’). Goi M 1a trung diém
CD . Giao tuyén cua hai mit phang (MSB) va (SA C ) la:

A. SI (I la giao diémcia AC va BM).
C. SO (O la giao diém cia AC va BD).

B. SJ (J la giao diém cua AM va BD).
D. SP (P 1a giao diém cua AB va CD).

Céu 4. Cho hinh chép S.ABCD ¢6 day ABCD 14 hinh binh hanh tdim O . Giao tuyén cta hai mat
phing (SAC) va (SBD) la

A. SO. B. SC. C. SD. D. SA.
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Ciu 5. Cho bdn diém A, B, C, D khong dong phang. Goi M, N lan luot 13 trung diém cua AC
va BC'. Trén doan BD lay diém P sao cho BP = 2PD. Giao diém ctia duong thang CD va mat
phang (MNP) 1a giao diém cua

A. CD va NP. B. CD va MN. C.CD va MP. D. NP va AP.

Ciu 6. Cho t dién ABCD . Cac canh AC,BD,AB,CD,AD,BC cé trung diém lan lugt 13
M,N,P, Q,R,S.Bbn diém nio sau diy khéng cing thudc mot mit phang?

A. M,P,R,S. B. M,N,P,Q. C. M,R,S,N . D. P,Q,R,S.

Céu 7. Cho ttr dién ABCD . G 1a trong tAm tam gidc BCD . Giao tuyén ctia hai mat phang (A CD)
va (GAB) 1a

A. AN, N 1a trung diém CD . B. AM, M 1atrung diém AB.

C. AH, H 1ahinh chiéu cia B trén CD. D. AK, K 1ahinh chiéu cia C trén BD

Ciu 8. Cho hinh chép S.ABC . Goi M nam trong tam giac SAB, N thudc doan BC'. Giao tuyén
cta (SMN) va (ABC) 1a
A. NA. B. NE v6i E =SM N AB.

C. NF v6i F=8S8MNAC. D. NK véi K nam trong tam giac ABC .
Céau 9. Cho hinh chép S.ABC. Goi H, K lan luot 1a hai diém trén hai canh S4; SC (

H = A;H = S va K = §,K = C)sao cho HK khong song song vi AC . Goi I 14 trung diém
ctia BC'. Giao diém cta dudng thing BK va mat phing (SAI) la

A.J véi J = SINBK. B.J véi J=SINBH.
C.J vé6i J = SINHK . D. J véi J = SI N HK .

Cau 10. Cho hinh chép S.ABC . Goi M 1a trung diém SA; Nva Plan luot 1a diém bt ki trén
canh SB, SC (khong trung voi trung diém va hai dau mut cia doan thang twong ung). Giao diem
ctia MNvéi (ABC) 1a

A. Giao diém cua MN véi BC. B. Giao diém ctia MP véi BC.

C. Giao diém ciia MNv6i AB. D. Giao diém cia MPvéi AC .

Cau 11. Cho t dign ABCD . Ly diém M sao cho AM = 2BM va N la trung diém AD. Goi
O la mdt diém thudc mién trong cuia ABCD va gia st MN cat DB tai F'. Giao diém cia BC
véi (OMN) 1a

A. Giao diém cua BC voéi OM .B. Giao diém ctiia BC v6i MN .

C. Giao diém cia BC véi OF . D. Giao diém cia BC véi ON .

Céu 12. Cho hinh chép S.ABCD ¢6 ABCD 1a hinh binh hanh. Piém M thudc canh SC sao cho
SM = 3MC', N 1a giao diém ctia SD va (MAB). Goi O la giao diém cila AC' va BD. Khi d6
ba duodng thing nao ddng quy?

A. AB,MN,CD. B. SO,BD,AM. C.SO,AM,BN. D.SO,AC,BN.
PHAN IL. Céu tric nghiém ding sai. Thi sinh tré 10i tir cAu 1 dén ciu 4. Trong mdi y a), b),
¢), d) 6 moi céu, thi sinh chon ding hoic sai.
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Cau 1. Cho t& dién SABC . Goi M va N 14n luot 12 hai diém trén hai canh AB va BC sao cho
MN khong song song voi AC' .

Ménh dé Ping | Sai
(a) | Puong thang MN cat duong thang AC'.
(b) Giao diém cua duong thaing MN va mit phing (SA C ) 1a giao diém
cua MN va AC'.
© Giao tuyé’nqcﬁa hai mit phang (SMN ) va (SA C ) 1a duong thang di
qua giao diém cua MN va AC'.
) Giao m?lén ctia hai mit phang (SAN > va (S CM ) 1a duwdng thing di qua
giao diém cua MN va AC'.
Cau 2. Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi O la giao di€ém cia AC va

BD; M, N lan

Ménh dé

luot 13 trung diém cta SB,SD;P thudc doan SC va khong 1a trung diém cta S

Dung

C
Sai

(@)

Giao tuyén ctia hai mat phang (SA C ) va (SBD) la SO.

(b)

Giao diém E cua duong thing SO va (MNP) 1a giao diém cua MN
va SO.

(c)

Giao diém Q cua dudng thing SA va (MNP) 1a giao diém cua PFE
va SO.

(d)

Goi I,J,K lan luot 1a giao diém cua QM va AB, QP va AC, QN
va AD.Vay I,J, K thiang hang.

Céu 3. Cho hinh choép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N lan luot 14 trung
diém ciia SA, SB, O la giao diém cia AC va BD. Xét tinh ding sai cac khang dinh sau:

Ménh dé

bung

Sai

(@)

Giao diém cta duong thang SA va (ABCD) I diém D.

(b)

Giao diém cua duong thang BD va (SA C > 14 trung diém cua doan
thing AC.

(c)

Giao diém cita duong thing SO va (ABNM ) la diém D.

(d)

Goi I giao diém cia SO va mit phang (MNCD). Khi d6 ST = 210

Céu 4. Cho tir dién ABCD . Goi I,J lan luot 13 trung diém cua AD,BC, M 1a mot diém trén
canh AB,N 1a mot diém trén canh AC sao cho MN khong song song BC'. Khi do:

Ménh dé

bung

Sai

(@)

ND 1a giao tuyén cua hai mit phang (MND),(ADC).

(b)

BI 1a giao tuyén ctia hai mit phang (B CI ) , (ABD).

(©)

IJ 1a giao tuyén ciia hai mét phang (IBC,(JAD).
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(d)
PHAN III. Cau tric nghiém tra 16i ngan. Hoc sinh tra 19i tir cdu 1 dén cau 3.
Cau 1. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh vuéng tim O, canh bang a,
SA =SB = SC = SD = a2 . Piém M 1 trung didm SC . Goi N giao diém cua duong thing

Giao tuyén cuia hai mit phang (IBC > , (DMN ) cit v6i duong thang 1.J ‘ ‘

SD véi mit phang (ABM ). Ti s i_jz\)] bing

Cau 2. Cho t&r dién ABCD c¢6 tit ca cac canh bﬁng 1. Goi I,J lan luot 1a trung diém cua
AC, BC, K 1a mot diém trén canh BD sao cho KB = 2KD . Tinh dién tich cua thiét dién tao
boi (LJK ) va tir dién ABCD . (lam tron két qua dén hang phan tram)

Céu 3. Cho hinh chép S.ABCD c6 day ABCD 14 hinh binh hanh tim O . Goi M 1a trung diém
SC va I 1a giao diém ciia AM va mit phing (SBD) .Biétring ASAC vudngtai S va AC =6
. Tinh @6 dai doan OI .

PHAN IV. Tu luin.

Céu 1. Cho hinh chop S.ABCD c¢6 day ABCD la hinh thang c6 day lon AB. Goi M 1a trung
diém cua SB. Tim:

a) Giao tuyén 2 mit phang (MAD) va (SBC’)

b) Giao diém cua dudng thang DM va (SAC)

Céu 2. Cho hinh chép tir gidc S.ABCD, goi O 1a giao diém cua hai duong chéo AC va BD.
M, P lan luot 1a trung diém SAva SC', mot mat phing (o)qua MP cat SB,SD lan luot tai N

va Q . Goi I 1a giao diém MP va NQ, khi dé tisd IS—(I) bang?

§2. HAI PUONG THANG SONG SONG
I. LY THUYET CO BAN
1. Vi tri twong ddi cia hai dwong thing

S

a song song b a cit btail
a
% / b
[
a
a=b a va b chéo nhau

M Chi y: Khi a va b khong c6 diém chung thi ching c6 thé song song hodc chéo nhau.
2. Tinh chit hai dwong thing song song

GV: Nguyén Trung Trong - &:0983.286.750 - Truwong THPT Xuin Phuong —_




Hoc dé khing dinh minh!

. AeA
Tinh chat 1: Cho A ¢ d thi 3!A thoéa man Alld
allc
Tinh chat2: {b||c = alb
aZtb
Dinh 1y ba dwong giao tuyén: Cho 3 mit phing phan biét (P),(Q),(R)
(P)n(Q)=a

(Q) N (R) = b thi a,b,c d6i mot song song hodc déng quy.

(R)n(P)=c

*H¢ qua: (P) N <Q
allb

3. Trong tim cua tir dién: Cac doan thang ndi trung diém cac cip canh ddi dién trong ttr dién
dong quy tai 1 di€m, di€m do goi la trong tam cua tir dién.
BAI TAP VAN DUNG

Dang 1: Chirng minh hai duwdng thing song song

1. Tinh chét dwong trung binh

M, N latrung diém cia AB,AC .Khidé MN || BC va

MN = %BC

2. Dinh Iy Ta-1ét

/\ B o
/ -\-

B C

MN || BC =AM _ AN
AB  AC

3. Tinh chit canh d6i ciia hinh binh hanh
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B

D C
Hai phuong phap dé chimg minh tt giac 13 hinh binh hanh:
*) Chirng minh: AB||cD .
AB=CD
*) Hai duong chéo cit nhau tai trung diém cua mdi dudng.
Cau 1. Cho ta dién ABCD c6 I; J lan luot la trong tdm cua tam giac ABC', ABD. Chung minh
rang: IJ || CD.

Céu 2. Cho ttr dién ABCD. Trén SA, BC iy diém M, N sao cho: *Z—Aj = % = %. Qua N ké

NP song song v6i CA (P thugc AB). Ching minh rang MP | SB

Céu 3. Cho hinh chép S.ABCD, c6 day 1a hinh binh hanh. Goi M, N, P,Q 1a cac diém lan luot
trén BC, SC, SD, AD sao cho MN || BS, NP ||CD, MQ | CD.

a) Chung minh: PQ || SA.

b) Goi K la giao diém cia MN va PQ. Ching minh SK || AD || BC.

Cs?}u 4.’Ch0 hinh chop S.ABC, I € S:A sa0 cho A = 2IS. M,N1la trung diém SB, SC .H la
diém doi1 xang véi [ qua M, K 1a diém doi xtmg voi [ qua N .

a) Chung minh HK || BC'. b) Ching minh BH || SA.

Céu 5. Cho hinh chép S.ABCD co day la tir giac 16i. Goi M, N 1a trong tdm tam gidc SAB va
SAD. E 1a trung diém CB.
a) Ching minh rang MN || BD

b) Goi L, H la giao diém ctia (MNE) véi SD va SB. Chimg minh ring LH || BD.

Dang 2: Tim giao tuyén ciia hai mit phing

C6 2 phuong phap tim giao tuyén (P) va (Q) . %
+ Tim 2 diém chung. D\

+ Tim bang dinh 1y giao tuyén
a C (P),b C (Q)

F}U)bm@):c =clalb. \/

Cau 1. Chép SABCD , ddy ABCD 14 hinh binh hanh. Tim giao tuyén cua:
a) (SAB) va (SCD). b) (SAD) va (SBO).
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Cﬁq 2. Cho hinh ch(')R S.ABCD c6 day la hinh binh hanh. Piém M thudc canh SA, diém E va
F lan luot 1a trung diém cia AB va BC'.

a) Xac dinh giao tuyén ctia hai mit phang (SAB ) va (S C’D) .

b) X4c dinh giao tuyén cta hai mat phang (MBC ) va (SAD).

¢) Xéac dinh giao tuyén cta hai mat phang (MEF ) va (SA C )

Céu 3. Cho hinh chép S.ABCD . Mat ddy la hinh thang c6 canh day lon AD, AB cit CD tai K
,diém M thudc canh SD.

a) Xéc dinh giao tuyén (d) ciia (SAD) va (SBC). Tim giao diém N cia KM va (SBC).
b) Chirng minh rang: AM , BN, (d) dong quy.

Dang 3: Giao diém sir dung yéu t6 song song
Céu 1. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi. Trén doan SA 1iy diém M sao cho

SM = %SA, trén doan SB lay diém N sao cho SN = 2NB. Piém P nam trén canh SC va
khong trung véi S.

a) Tim giao tuyén cta hai mat phang (MNP) va (SCD).

b) Tim giao diém ctia SD va (MNP)

Cau 2. Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 1a diém thudc canh
SA (M =AM = S). Tim giao diém K ctua BM vé&i mit phang (SCD).

Céu 3. Cho hinh chép S.ABCD ¢6 day ABCD 1a hinh binh hanh. Trén canh BC',AD,SD lan

BI AJ

= = . Tim giao diém ctia SC v&i mit phang
¢ AD SD

luot 1dy cac diém I,.J,K sao cho

(1JK).

Dang 4: Xac dinh thiét dién c6 chira yéu t6 song song véi dwong thing khac.

Cau 1. Cho hinh choép S.ABCD, day ABCD 1a hinh binh hanh. Goi I, J lan luot 1a trong tam
cia ASAB, ASAD. M 1a trung diém cia CD. Xac dinh thiét dién (IJM) v6i hinh chop

S.ABCD.
Cau 2. Chop S.ABCD c6 SA = 2a, ABCD la hinh vudéng canh AB =a, SA L CD, M € AD
dé AM ==z (0 <z < a) . Mit phiang (P) qua M vasong song véi SA,CD . Dung (P) . Tim thiét

dién. Tinh S, theo a,z.

Cau 3. Chép S.ABC, SA L BC, SA=3a, AABC déu, AB=a. Mc AB &
AM = x(O <z< a). (P> qua M vasong song SA, BC'. Dung (P) Tim thiét dién. Tim z dé

dién tich thiét dién 16n nhat.

BAI TAP PUNG SAI
Ciu 1. Cac ménh d& sau dung hay sai?
Ménh dé ‘ Piing ‘ Sai |
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a)

Hai duong thang khong c6 diém chung thi chung song song véi nhau.

b)

Hai duong thang khong c6 diém chung thi chiing chéo nhau.

)

Hai duong thang ¢ diém chung thi chung cit nhau.

d)

Hai dudng thang khong thé cliing nam trén mot mat phang thi ching chéo nhau.

Céiu 2. Trong khong gian cho ba duong thang a,b va ¢ phan biét.

Ménh dé

Dung

Sai

a)

Néu hai dudng thang cing song song v6i dudng thiang thir ba thi ching song
song v&i nhau.

b)

Néu hai dudng thang cung chéo nhau véi dudng thang thir ba thi chung chéo
nhau.

c)

Né:u duong thang a song song v6i duong thang b , duong thang b va duong
thang ¢ chéo nhau thi duong thang a va duong thang ¢ chéo nhau hodc cat
nhau.

d)

Néu dudng thang a cit b, hai duong thang b va ¢ chéo nhau thi a va ¢ chéo
nhau hodc song song v4i nhau.

Cau 3. Cho hinh choép S.ABCD c¢6 day la hinh binh hanh.

Ménh dé

Pbung

Sai

a)

AB song song CD

b)

SA cat SC

)

SA song song BC

d)

SC chéonhau AB

Céu 4. Cho tr dién ABCD c¢6 I,J theo thr ty 13 trung diém cua cac canh BC', BD . Goi (P) la
mit phang qua I,J va cét cac canh AC, AD lan luot tai hai diém M, N.

Ménh dé

Dung

Sai

a)

1J leD
2

b)

MN cat DC

<)

IJNM 1a mét hinh thang

d)

Pé IJNM 1a hinh binh hanh thi M 1a trung diém cta doan AC

Cﬁq 5. Cho hinh ch(')g S.ABCD c6 day la hinh binh hanh. Piém M thudc canh SA4, diém E va
F lan lugt 1a trung diém ctia AB va BC'.

Ménh dé

Pbung

Sai

a)

EF | AC

b)

Giao tuyén ciia hai mat phang (SAB) va (SCD) la dudng thang qua S va song
song voi AC .

¢)

Giao tuyén cua hai mat phang (MBC) va (SAD) dudng thang qua M va song
song voi BC'.

d)

Giao tuyén cua hai mit phang (MEF) va (SAC) 1a dudng thang qua M va
song song voi AC'.
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Cau 6. Cho tr dién ABCD, goi I va J lan luot 1a trung diém cua AD va AC,G 1a trong tdm
cua tam giac BCD.

Ménh dé

Dung

Sai

a)

1J||CD

b)

Giao tuyén ciia hai mat phang (GIJ) va (BCD) la duong thang qua G va song
song voi BC

¢) | Cho biét CD = 6. Biét (GIJ) cat BC,BD lan luot tai M va N. Khi do
2IJ +3MN =17.
d) | Cho biét CD = 6. Biét (GLJ) cat BC,BD lan luot tai M va N. Khi d6

31J 4+ 2MN = 18.

Cau 7. Cho hinh chop S.ABCD c6 day l1a hinh binh hanh, AC' va BD cat nhau tai O . Goi I 1a
trung diém SO. Mat phang (/CD) cat SA,SB lan luot tai M, N .

Ménh dé

Pbung

Sai

a)

Diém M la giao diém ciia duong thang SA véi mit phang (1CD)

b)

Taco SN = %SB

¢)

Cho AB = a thi MN =

N | e

d)

Trong mit phang (CDMN), goi K la giao diém ciia CN va DM . Khi d6 SK

va BC chéo nhau

~—

Cau 8. Chq hinh chop S.AB»C’D c6 day ABCD 1a hinh thang (AD la day 16n, BC la day
Goi F, F lan luot la trung diém cua SA va SD. K la giao di€m cua cac duong thang AB va CD

nho).

Ménh dé

Pbung

Sai

a)

Giao diém M ciia duong thang SB va mat phang (CDE) 1a diém thugc duong
thing KFE

b)

Puong thang SC' cit mit phang (EFM) tai N . Tt gidc EFNM 1a hinh binh
hanh

c)

Cac duong thang AM,DN,SK cung di qua mot diém

d)

Cho biét AD = 2BC'. Ti sb dién tich cua hai tam giac KMN va KEF bang
S 2

AKMN _
S 3

AKEF

Cau 9. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh.

Ménh dé

Pbung

Sai

a)

Giao tuyén clia (SAB) va (SCD) la dudng thang di qua S va song song véi
AB

b)

Giao tuyén (SAD)va (SBC) la duong thang di qua S va song song véi AB

c)

Goi M € SC, giao tuyén ctua (ABM) va (SCD) la duong thang di qua M va
song song voi AB
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d) | Goi N € SB, giao tuyén ciia (SAB) va (NCD) la dudng thang di qua N va
song song voi1 AB

Cau 10. Cho hinh chép S.ABCD, c6 diy ABCD 1a mét hinh binh hanh tim O. Goi I, K lan
luot 14 trung diém cua SB va SD.
Ménh dé Piing | Sai
a) | SO 1a giao tuyén cua (SAC) va (SBD)

b) | Giao diém J ctua SA véi (CKB) thudc duong thang di qua K va song song

véi DC

¢) | Giao tuyén ctia (OIA) va (SCD) la duong thang di qua C' va song song voi
SD

d)| CD|IJ

PE ON TAP BAI 2: “HAI PUONG THANG SONG SONG”
PH~AN I. Céu tric nghiém nhiéu phwong 4n lwa chon. Thi sinh tra 1i tir cAu 1 dén ciu 12.
Moi cdu hoi thi sinh chi chon mgt phwong dn.
Céu 1. Chon khing dinh dung
A. Hai dudng thang khong ¢ diém chung thi chéo nhau.
B. Hai dudng thing phan biét khong cit nhau thi song song.
C. Hai dudng thing khong cung ndm trén mot mit phing thi chéo nhau.
D. Hai dudng thang khong ¢ diém chung thi song song véi nhau.
Céu 2. Cho hinh tt dién ABCD . Khang dinh nao sau day dang?
A. AB va CD cit nhau. B. AB va CD chéo nhau.
C. AB va CD song song. D. T6n tai mot mat phang chita AB va CD.
Ciu 3. Cho hai duong thang a,b chéo nhau. Mot duong thang ¢ song song véi a. Khang dinh nao
sau day dang?
A. b va c song song. B. b va ¢ chéo nhau hoic cit nhau
C. b va ¢ cit nhau. D. b va ¢ chéo nhau.
Céu 4. Cho hinh chép S.ABCDc6 ddy ABCD la hinh binh hanh. Goi d 1a giao tuyén cia mit
phing (SAD) va (SBC). Tim ménh dé diing

A. d qua S vasong song voi BC B. d qua S vasongsong véi AB

C. d qua S vasong song voi DC D. d qua S va song song voi BD

Céu 5. Cho hinh chép S.ABC Goi M,N la trung diém SA,SC,P nam trén canh AB sao cho
AB = 3AP.Goi Q la giao diém cia BC' va mat phang (MNP). Khi d6 BQ : CQ bang

A.1:1. B.2:1. C.3:1. D.1:2.
Cau 6. Cho hinh chop S.ABCD, c6 ddy ABCD la hinh binh hanh. Piém M thudc canh SC sao
cho SM =3MC, N 1 giao diém cta SD va (MAB). Khi dé hai dwomg thang CD va MN la
hai dudng thing
A. song song. B. chéo nhau. C. cit nhau. D. trung nhau.
Cau 7. Cho cac ménh dé sau:

(I) Hai duong thang song song véi nhau thi dong phing.
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(I) Hai dudng thang khong ¢ diém chung thi chéo nhau.

(1) Hai dudng thing chéo nhau thi khong c6 diém chung.

(IV) Hai duong thang chéo nhau thi khong dong phang.

C6 bao nhiéu ménh dé dung?
A. 1. B. 3. C. 4. D. 2.
Céu 8. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi M, N lan luot 1a trung diém caa
SA, SC. Goi d 1a giao tuyén ctia hai mat phang (BMN ) va (A CD). Ménh dé& nao sau day ding?

A. d qua D vasongsong voi AC. B. d qua B vasongsong voi AC.
C.d quahaidiém A va C.  D. d qua hai diém B va D.

Cau 9. Cho hinh chop S.ABCD c6 day la hinh binh hanh. Goi M 1a mot diém trén canh SC (
M = S va M = C). Goi d 1a dudng thang qua diém S va song song véi AB, d’ 1a dudng thang
qua diém S va song song v&i AD. Ménh dé nao sau ddy ding?

A. BM khéng cit mit phiang (SAD).

B. BM cit mit phang (SAD) tai mot diém thuge SD.

C. BM cit mjt phang (SAD) tai mot diém thuge d.

D. BM cit mit phang (SAD) tai mot diém thude d’.

Cf}u 10. Cho hinh chép S.ABCD c¢6 day la qhinh binh hanh. (:](_)i I, J, E, F lan luot 13 trung
diem SA, SB, SC, SD. Trong cac duong thang sau, duong thang nao khong song song véi 1.J ?

A. EF. B. DC. C. AD. D. AB.
Cau 11. Cho tor dién ABCD. Lay diem M thudc canh BC sao cho MC = 2MB. Goi N, P lan
luot 1a trung diém ciia BD va AD. Goi Q 1a giao diém cia AC v6i mat phing (MNP). Ménh
de nao sau day dung?
AL B YC _3 A
QA 2 QA 2 QA QA 2
Cau 12. Cho ttr dién ABCD. Goi I, J lan lugt 1a trong tam cac tam giac ABC, ABD. Ménh dé
nao sau day dung?
IJ||AB IJ|| AB L] || CD L] || CD
B.

QC _, 5 C _s

A.

1 . 2 . C. 1 . D. 2 .
IJ==-AB IJ==AB IJ==CD IJ==CD
3 3 3 3

PHAN IL Ciu triic nghi¢m diing sai. Thi sinh tré 1i tir ciu 1 dén cAu 4. Trong méi y a), b),
¢), d) & moi cau, thi sinh chon ding hoac sai.

Céu 1. Cho hinh chép S.ABCD c6 ddy ABCD 14 hinh chit nhat. Goi I,J 1an luot 14 trung diém
cua cac canh AD, BC' va GG 1a trong tam cua tam giac SAB.

‘ Ménh dé ‘ Ping | Sai

() Giao tuyén cua hai mat phang (SAB) va (S CD) 1a dudng thing qua

S va song song véi AB
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(b)

Giao tuyén cta hai mit phing (SA C ) va (SBD) 1a duong thang qua

S va song song voi AC

(©)

Giao tuyén ctia hai mit phang (SAB > va (I JG ) 1a duong thang qua G

va song song véi CD .

(d)

M trén SD sao cho SM = %SD. Giao tuyén cua (CGM) va (SBC)

1a duong thang CB.

Cau 2. Cho hinhqchép S.ABCD c6 day ABCD lélq hinh thang c6 day 1é6n AB va AB = 2CD.
Goi O la giao diém cia AC va BD, I latrung diem SA, G la trong tam ASBC va E € SD
sao cho 3SE = 25D.

Ménh dé

bung

Sai

(@)

Puong thing SB cit mit phang (I CD)

(b)

Puong thang GO cit mit phang (S CD)

(c)

Puong thing SB cit mit phang (A CE )

(d)

Céu 3. Cho hinh chép S.ABCD day 1a hinh binh hanh tdim O, I 1a trung diém cua SC .

Puong thing BG cit mit phing (A CE)

Ménh dé

Dung

Sai

(@)

Puong thang IO song song voi SA.

(b)

Mit phang (IBD) ct hinh chép S.ABCD theo thiét di¢n 1a mot tir

giac.

(©)

Giao diém cua duong thing Al véi mit phang (SBD) la trong tam
cua tam giac (SBD).

(d)

Céu 4. Cho chop S.ABCD c6 day 1a hinh vudng tim O, M, N lan luot 13 trung diém ¢

Giao tuyén clia hai mat phing (IBD) va (SAC) 1a I0.

Ménh dé

ta SA,SB

Pung

Sai

(@)

MN song song vo1 AB

(b)

MN song song voi CD

()

MO va SD cit nhau

(d)

NO va SC cat nhau

PHAN III. Cau tric nghiém tra 16i ngin. Hoc sinh tra 10i tir cAu 1 dén ciu 3.
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Cau 1. Cho hinh chép S.ABCD, diay ABCD 1la hinh thang, 3
AB||CD.Goi I, J lan lugt 1a trung diém cta cac canh AD, BC va

G 1a trong tAm tam giac SAB (tham khao hinh v&). Mit phang

(GLJ) cit 4, SB lin luot tai M, N. Biét AB = kCD, tim k dé

MNIJ 1a hinh binh hanh.

I 7
Cau 2. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh, D 2.

K 1a trung diém canh SB. Goi F 1a diém trén SC sao cho g—g = %, goi H la giao diém cua

KE va (SAD). Tinh ti s& % (Lam tron két qua dén chir s6 thdp phdn thir hai)?

Ciu 3. Cho hinh chép S.ABCD cé day 1a hinh vudng canh bang 2, tim O .Mt bén SAB 1 tam
giac déu. Ngoai ra 5—45 = 90°.Goi Dz 1a duong thang song song voi SC . Goi giao diém I cia
Dz véi (SAB). Xéc dinh thiét di¢n cta hinh chop v6i mat phang (ACI).Tinh dién tich thiét di¢n
(Két qua dwoc lam tron dén chiv s6 thdp phdn thir hai)

PHAN IV. Ty luan.

Céu 1. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Lay diém M thudc canh SA .

Goi E va F lan luot 1a trung diém cia AB va BC. Xac dinh giao tuyén ciia hai mat phang
(MEF) va (SAC).

Céu 2. Cho tir dién ABCD . Cac diém P, Q lan luot I3 trung diém ctia AB va CD; diém R nam
trén canh BC sao cho BR = 2RC . Goi S 1a giao diém cua (PQR) va canh AD. Tinh ti s6 g—g

§3. PUONG THANG VA MAT PHANG SONG SONG
I. LY THUYET CO BAN
1. Vi tri twong ddi ciia dwong thing va mit phing
Cho duong thang d va (a).

Trwong hop 1: Trwong hop 2: Trwong hop 3:

dn(a)= M (duynhdt) |dva(a)coitnhit2diém|dn(a)=o

— d cit (a) chung — d C (04) — d || (a)

\ d
d
d
\\ a ‘
a \ o
\

2. Diéu kién va tinh chit ciia dwong thing song song véi méit phing.
GV: Nguyén Trung Trong - &:0983.286.750 - Truwong THPT Xuin Phwong _




Hoc dé khang dinh minh!

* Tinh chit 1 (Piéu ki¢n dwong thing song song véi mdt phing):

ng(a) d
dld =dll(P) N
d'C(a) d

* Tinh chat 2:

a () =allb
) (5) -
fa)n(5) =4
H¢ qua a||<a> =ald
a(8)

o o)

1 o)

Dang 1: Chung minh dudong thing song song vOi mat phing

* Tinh chat 3: Cho a chéo b thi EI!(a) thoa man:
BAI TAP VAN DUNG

Phuong phap chiing minh
allb
Cach 1: {b C (a) = af| (a)
o7 (a)
Cach 2: Xét mit phang (ﬁ) chtira «.
Tim giao tuyén b = (a) N (B)

Chimg minh a|[b = af| (a)

Ciu 1. Cho hinh chép S.ABCD c¢6 day 1a hinh binh hanh tdm O. Goi M, N lan luot I3 trung

diém cua AB va CD.
a) Chimg minh MN || (SBC) va MN | (SAD)

b) Goi I, J lan lugt 1a trong tim tam giac ABC va SBC . Ching minh ] || (SAB)

Céu 2. Cho hinh chép S.ABCD. Goi M, N lan luot 1a trung diém cia AB va BC; G, G' lan

luot 1a trong tam cac tam giac SAB va SBC'.
a) Chimg minh MN || (SAC). b) Ching minh GG’ || (SAC).

Céu 3. Cho hai hinh binh hanh ABCD va ABEF khong cing nim trong mot mit phang co tim

lan luot 12 O va O'.
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a) Chirng minh rang OO’ song song véi cac mit phang (ADF) va (BCE).

b) Goi M, N lan luot 13 hai diém trén cac canh AE, BD sao cho AM = éAE, BN =

Chitng minh rang MN song song v&i mit phing (CDEF )

1BD.
3

Cau 4. Cho hinh chop S.ABCD c6 day ABCD 1a hinh thang véi day lon AD va AD = 2BC.

Goi O la giao diém cia AC va BD, G 1a trong tdm cua tam giac SCD .
a) Chung minh OG || (SBC)

b) Goi M la trung diém ciia SD . Chiing minh CM || (SAB)
¢) Goi I la diém trén canh SC sao cho 2SC = 3SI . Chimg minh SA || (BID)

Dang 2: Xic dinh giao tuyén ciia hai mit phiang

Céu 1. Cho hinh chop S.ABCD c6 ddy 1a hinh thang vdi cac canh day la AB va CD. Goi I, J
lan luot 1a trung diém ciia AD va BC', GG la trong tdm cua tam giac SA B . Tim giao tuyén cua hai

mit phang (SAB) va (IJG).

Cau 2. Cho tr dién ABCD . Goi G, va G, theo thu tu 1a trong tam tam gidc ABD va tam giac

ACD . Tim giao tuyén ctia mit phang (A G1G2) v6i mat phing (AB C ) .

Céu 3. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tim O . Goi M 1a trung diém cua SB,

N 1a diém trén canh BC sao cho BN = 2CN.
a) Chirg minh rang: OM || (SCD)
b) Xac dinh giao tuyén ctia (SCD) va (AMN).

Céu 4. Cho hinh chép S.ABCD c6 day 1a hinh thang, day 1én AD. Goi I 1a trung diém SB. Goi

(P) 1a mat phang qua I, song song voi SD, AC.

a) Tim giao tuyén ciia mit phang (P) va (SBD).

b) Tim giao tuyén ctia mit phang (P) va (ABCD).
Dang 3: Xac dinh thiét dién

Str dung dinh 1y: Cho duong thang d song song véi (a) .

Néu (6) chua d va cat (a) theo giao tuyén d’ thi d’ || d

Céu 1. Cho t dién ABCD . Gia st M thudc doan thing BC. Xac dinh thiét dién cua t dién

ABCD cat boi mit phang (a) qua M song song voi AB va CD.

Céu 2. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhat tim O, M 1a trung diém cua
OC' . Mit phang (a) qua M songsong voi SA va BD . Xéc dinh thiét dién cua hinh chép voi mat

phing (a).
BAI TAP PUNG SAI
Ciau 1. Cho mit phang (P) va hai dudng thiang song song a va b.

Ménh dé

Dung

GV: Nguyén Trung Trong - &:0983.286.750 - Truwong THPT Xuin Phuong




Hoc dé khing dinh minh!

a) | C6 vo s6 mit phang chira duong thang ¢ ma khong chira duong thang b

b) | Néu mit phang (P) song song v6i duong thang o thi midt phang (P) ciing
song song voi dudng thang b.

¢) | Néu mit phang (P) cat duong thang o thi mat phang (P) ciing cit duong
thang b.

d) | Néu mit phang (P) chtra duong thang a thi mit phang (P) ciing chira duong
thang b.

Céu 2. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh tim O . Goi M, N lan luot 1a
trung di€m cac canh AB va CD, P la trung diém canh SA.
Ménh dé Ping | Sai
a) | MN || (SBC)

b) | MN || (SAD)

¢) | SBcat v6i mit phang (MNP)

d) | SC cit v6i mat phang (MNP)
Céu 3. Cho hai hinh binh hanh ABCD va ABEF khong cing nam trong mot mit phang va cé
tam lan luot 13 O va O'. Goi M,N lan luot 1a hai diém trén cac canh AFE,BD sao cho

AM = %AE, BN = %BD.

Ménh dé Piing | Sai

a) | 00’ song song véi mit phang (ADF)
b) | 00 cit mit phang (BCE)

BN _2
BD 3

d) | MN song song v6i mit phiang (CDFE)
Cau 4. Cho tr dién ABCD . Gia sit M thudc doan thang BC'. Mit phang («) qua M song song
voi AB va CD.

Ménh dé Piing | Sai
a) | Giao tuyén ctia mat phang () v6i mit phang (ABC) 1a dudng thang di qua

M va song song véi AB

b) | Giao tuyén clia mit phang (o) véi mit phang (BCD) la duong thang di qua
M va song song voi CD

¢) | Giao tuyén clia mit phang (o) véi mit phang (ABD) la dudng thang di qua
N va song song voi1 AB

d) | Hinh tao bdi cac giao tuyén ciia mit phang (o) véi cac mit cua tir dién (ta goi
1a thiét dién) 14 hinh thang

Cau 5. Cho hinh qchép S.ABCD c6 ddy ABCD 1a hinh binh I}énh, diém M ’di dong trén canh
AD. Mot mat phang («) qua M va song song véi hai duong thang CD,SA, cat BC,S5C va SD
lan lwot tai N, P,Q.
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Ménh dé

Pbung

Sai

a)

Giao tuyén ctia mat phang (a) voi mat phang (ABCD) 1a duong thang di qua
M va song song voi AD

b)

Giao tuyén clia mit phang (a) v6i mat phang (SAD) 1a duong thang di qua
M va song song voi SA

c)

T giac MNP(Q 1a hinh thang c6 hai day 1a MN va PQ).

d)

Goi 1 = MQ N NP .Khi d6 I thudc dudng thang di qua S va song song véi
AB

Céu 6. Cho hinh chop S.ABCD day ABCD 1a hinh binh hanh. Goi I,J 1an luot 14 trong tAm ctia
tam gidc SAB va SCD;E, F lan luot 1a trung diém cua AB va CD.

Ménh dé

Dung

Sai

a)

SJ 2

SF 3

b)

1J | (ABCD)

¢)

BC' song song v6i miat phang (SAD),(SEF)

d)

BC' cat mit phang (ALJ)

Céu 7. Cho hinh chop tir giac déu S.ABCD c6 canh day bang 2, M 1a mot diém thudc canh SA

sao cho ?—Aj = % M6t mit phang (o) diqua M songsong véi AB va AD, cit cac mit cua hinh

chop theo hinh 1a mdt tur giac.

Ménh dé

Pbung

Sai

a)

Giao tuyén clia mit phang (o) véi mat phang (SAB) 1a duong thang di qua
M va song song voi AB

b) | Giao tuyén ciia mit phiang (a) voi mit phang (SAD) la dudng thang di qua
M va song song voi SD

¢ SM 1
SA 3

d) | Mt phang () di qua M song song v6i AB va AD, cat cac mit ciia hinh

chop theo hinh 13 mot ttr giac c6 dién tich bang %

Ciu 8. Cho hinh chop S.ABCD c¢6 day ABCD la hinh binh hanh. Lay diém M trén canh AD
sao cho AD = 3AM . Goi G, N theo thur ty la trong tam cac tam giac SAB,ABC'.

Ménh dé

Dung

Sai

a)

Giao tuyén ctia hai mit phang (SAB) va (SCD) la duong thang di qua S va
song song voi AC, BD

b)

DN 1

DB 3

¢)

MN song song v&i mit phang (SCD)
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d)

NG cat v6i mat phang (SAC)

Céu 9. Cho hinh chép S.ABC . Goi I,J lan lugt 13 trung diém ctia AB va BC. Goi H,K lan
luot 1a trong tam cua ASAB va ASBC'.

Ménh dé Piing

Sai

a)

AC|[(S1))

b)

HK cat IJ

¢)

HE || (SAC)

d)

Giao tuyén ctia (BHK) va (ABC) 1a duong thang di qua B va song song v&i
AC

Cau 10. Cho hin}} chop S.ABCD c¢6 ddy ABCD 1a hinh chir nhét. QQi G la trong tam tam giac
SAD va F la diém trén canh DC' sao cho DC = 3DFE, I la trung diém AD.

Ménh dé Piing

Sai

a)

OI song song véi mit phang (SAB)

b)

OI song song véi mit phang (SCD)

<)

IE song song voi AC

d)

GE |[(SBC)

PE ON TAP: BAI 3: “DPUONG THANG SONG SONG VOI MAT PHANG”

PHAN I. CAu tric nghiém nhiéu phwong an lwa chon. Thi sinh tra 10i tir cAu 1 dén cu 12.

MGi cdu héi thi sinh chi chon mét phwong dn.
Céu 1. Cho tir dién ABCD . Vi tri twong d6i gitra dudng thang BC va A
mit phang (BCD)1a.

A. BC || (BCD). B. BC C (BCD).

C. BC N (BCD) = A. D. BC N(BCD)=D.
Cau 2. Cho hinh chép S.ABC'. Vi trf twong déi gitta duong thing SB ©

va mit phang (ABC) la.

A. SB | (ABC). B. SB C (ABC).

C. SBm(ABc):A. D. SBm(ABC):B.

Céu 3. Cho hinh chép S.ABCD c6 day ABCD la hinh
binh hanh. Vi tri tuong do6i gitta duong thang AB va
mat phang (SCD) la.

A. ABN (SOD) — B. B. ABN (SOD) - S

C. AB C (SCD). D. AB||(SCD).
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Céu 4. Cho dudng thang a¢ nam trong mat phang (a). Giasu b ¢ (a). Ménh dé nao sau day la
dang?

A.Néu b|(a) thi b||a

B. Néu b cit (a)thi b cit a.

C.Néu b cit (a) va (6) chtra b thi giao tuyén cia (a) va (6) 1a duong thang citca a va b.

D. Néu b||a thi bH(a).

CAu 5. Cho tir dién ABCD . Cho cic ménh dé sau:

(1) AD c (4BC) (2) ADN(4ABC)=C.

(3) AB c (ABC). (4) AC||(ABD).

Trong cac ménh dé da cho, c6 bao nhiéu ménh dé dung?

A. 1. B. 2. C. 3. D. 4.

Ciu 6. Cho tam gidc A'B'C’, dung céc duong thing d, || d, || d, sao cho ching khong thugc mit
phing (A'B'C') va lan luot i qua cac diém A, B',C" . Trén céc duomg d,,d,,d, 1an luot ldy cic
diém A, B,C saocho AB||A'B',BC || B'C’.Goi M, N lan luot 1a trung diém ciia AA’, B'C’
. Khi d6 duong thing AB’ song song voi mit phang nao sau day?

A. (BMN). B. (C'MN). C. (A'CN). D. (A'BN).

Céu 7. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Goi M, N, H lan luot 1a

trung diém céc doan thang AB, CD, SD. Goi I, J lan luot la trung diém céc doan thang CN
va SH . Trong cac khang dinh sau, c6 bao nhiéu khang dinh dtng?

(i) MN||(SBC) (i) AD|(SBC) (i) HN||(SBC)  (iv) 1] || (HMN)

A. 1. B. 3. C. 4. D. 2.

Céu 8. Cho hinh chép S.ABCD, ddy ABCD la hinh binh hanh c6 O 1a giao diérq hai duong
chéo. Goi M Ia trung diém cua SC'. Puong thang OM song song vdi nhitng mat phang nao sau
day?

A. (SAD) va (SBC). B. (SAD) va (SBA).

C. (SBA) va (SCD). D. (SAC) va (ABCD).

Céu 9. Cho hinh chép S.ABCD, &y ABCD 14 hinh binh hanh tim O va M, N, E lan luot 1a
trung diém cua cac doan thang AB,CD, SA . Khang dinh nao sau dy 1a sai?

A. MN song song voi hai mit phang (SBC’) va (SAD).
B. SB va SC' song song véi (MNE).
C. ME song song v6i hai mat phiang (SAB) va (SBC).

D. EO song song voi hai mat phang (SBC) va (SCD).
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Cau 10. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh binh hanh. Goi G 1a trong tdm tam giac
SAB, I latrung diém cia AB va M 1a diém trén canh AD sao cho AM = %AD. MG song
song v6i mat phang nao sau day?

A. (SBC). B. (SAD). C. (SBD). D. (SCD).

Cau 11. Cho tir dién ABCD , lay diém M 1a mot diém thudc mién trong ciia tam giac BCD . Goi
(a) 1a mdt phang qua M va song song véi AC va BD. Hinh tao bdi cac giao tuyén cia (a) véi
cac mat cua tir dién ABCD 1a hinh gi?

A. Hinh binh hanh. B. Hinh thang. C. Hinh vudng. D. Hinh thoi.

Céu 12. Cho tir dién ABCD . Trén canh AD lay trung diém M , trén doan thing BC lay diém N
. Goi (a) 13 mat phang chira duong thing MN va song song v6i CD va goi (H ) 12 hinh tao boi
cac giao tuyén cua (a) véi cac mit cua tir dién. Xac dinh vi tri ciia diém N trén doan BC' sao cho

(H) 12 mot hinh binh hanh.

A. BN = %BC. B. BN =2BC C. BN = SBC D. 3BN =2BC

PHAN II. Ciu tric nghi¢m diing sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi y a), b),
¢), d) & mdi cau, thi sinh chon diing hoic sai

Cau 1. Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh binh
hanh. Cac diém M, N, P lan luot 14 cac trung diém cua cac

doan SA, AB,CD nhu hinh v&.

Ménh dé
(a) | SBI|(MNP)

oy | AD [[MNP)

(c) | Giao tuyén cua (SAD) va (MNP) 1a duong thang song song v6i AD

(d) | Giao tuyén cia (SAB) va (MNP) 1a duong thang song song véi MN
Céu 2. Cho hai hinh binh hanh ABCD va ABEF khong dong phang c6 tam lan luot 13 I va J.
Ménh dé Ping | Sai
(@) | IJ||(ADF)

) | 1J|[(CEB)
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(©) | I7|[(CEA)

@) | 17| (CDFE)

Cau 3. Qho hinh chép S.ABCD c6 ddy ABCD 13 hinh binh hanh tim O. Goi M, N lan luogt la
trung diém cua SA, SB.

Ménh dé Piing | Sai

(a) | MN song song v&i mit phang (SAB)
(b) | MO song song v6i mit phang (

SB(J)

(¢) | NO song song véi mat phang (SBD)

(d) | CD song song véi mat phing (MN O)

Cau 4. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thang vuéng tai A va D, AB = 2CD.
Trén céc canh SA,SB,SD lay cac diém M, N, P sao cho SM = SN = 5P = 2
SA SB SD 3

Ménh dé Piing | Sai

Giao tuyén ctia hai mit phang (SAD) va (SMP) 1a duong thang di qua

S vasong song voi AD.

(@)

Giao tuyén cua hai mit phing (S C’D) va (SMN ) 1a duong thang di

qua S vasong song vdi AB.

(b)

Giao tuyén cua hai mat phang (CPM > va (AB CD) 1a dudng thang CI

v6i T 1a trung diém cta AB.

(©)

Giao tuyén cuia hai mit phang (C’MN ) va (PAB) 1a dwong thang di
qua ) vasong song voi MN v6i Q = PANMD.

PHAN III. Cau tric nghiém tra 16i ngan. Hoc sinh tra 10i tir cdu 1 dén cau 3.

Céu 1. Cho hinh binh hanh ABCD va ABEF khéng cing ndm trong mot mit phang. Goi M, N

(d)

lan luot 1a cac diém trén AE va BD sao cho AM = %AE, BN = iBD,(m > 0). Tim z
MN || (CDFE)

Céu 2. Cho hinh chop S.ABCD c6 day la hinh thang véi AD || BC'. Goi G 1a trong tdm clia tam
gidc SAD; E la diém thuoc doan AC' sao cho EC = zEA, (z>0). Tim z d&& GE || (SBC) .
Céu 3. Cho tir dién ABCD va diém M 1a trung diém AB. Goi (a) 1a mat phang qua M , song
song véi hai dudng thing BC va AD. Goi N, P,Q lan luot 13 giao diém ctia mit phang (a) voi
cac canh AC,CD va DB.Biétkhi AD = kBC thi MNPQ 1a hinh thoi. Hay xé4c dinh gia trj cta
k(k€Rk>0).

PHAN IV. Tu lun
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Cau 1. Cho ttr dién ABCD c¢6 G 1a trong tam tam gidc ABD. Trén doan BC lay diém M sao
cho MB = 2MC. Ching minh ring dudng thang MG song song Vi (A CD).

Céau 2. Cho hinh chép tir giac déu S.ABCD c6 canh day bang 10. M la diém trén SA sao cho

SM = % Mot mit phang (a) di qua M song song véi AB va CD, cit hinh chdp theo mot tir

SA
giac. Hay xac dinh dién tich cua tir giac d6 (lam tron t&i hang phan tram).

§4. HAI MAT PHANG SONG SONG

I. LY THUYET CO BAN
1. Vi tri twong ddi ciia hai mit ph?mg
Truwong hop 1: Truwong hop 2: Truwong hop 3:
Moi diém thudc (P) cling (P) N (Q) = d (duy nhat) (P) N (Q) =0
thuge (Q) — (P)=(Q) | - (P) cit (q). ~(P)11(Q)

pd
rd

* Nhén xét: Néu |<a> H <ﬁ>> =a || (5>

(LC(Oé

2. Diéu kién va tinh chit cia hai mit phing song song

a,b C (oz)
* Tinh chat 1 (Piéu kién hai mdt phang song song): faNb=M = (a) I (ﬁ)
«11(8),1(5)
* Tinh chit 2. A ¢ (a) thi 3!(5) sao cho f;)i'((@)
* Tinh chat 3.
(@)11(5) (@)11(8).allb AA'|| BB
D a)n(y)=a=alb  Hi(a)na=4(8)na=B ={44'= BB’
(B)n(v)=1b (a)nb=A4(8)nb=B" |AB=A'B

Hé qua: Hai mit phing song song chin trén hai cat tuyén song song nhirng doan thing bang nhau.
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3. Dinh ly Thalés. Ba mat phépg d6i mot song song chan trén hai
cat tuyén bat ki nhitng doan thang twong ung ti 1€.

Hinh 448 ta co: A8 _ BC _ AC

A'B! B'C'_A'C'

L=/
[\

C
A ’% o /
4. Hinh lang tru va hinh hjp § \

4.1. HINH LANG TRU Hinh 4.48

Pinh nghia: Trén mit phiang (a) cho da giac A A,...A , tir cac dinh cla da giac dung cac dudng

thing song song cit mit phang (a ') song song v&i (a) tai cac diém A'A",..,A " Hinhhop boi
hai mién da giac AA..A va A'A'...A 'v6icac hinh chit nhat AA A 'A ", A A A A", duge

got la hinh lang tru.

Tinh chit:
- Céc hinh binh hanh dugc goi 1a cac mat bén, hai mién da gidc goi la hai mat day cua lang try.
- Hai d4y cua liang try 13 hai da giac bang nhau va nim trén hai mit phing song song v6i nhau.

- Céc doan thiang AA'AA,... duge goi la cac canh bén. Céc canh bén cua lang tru song song

va bang nhau.

- Ta goi lang tru theo tén cua da giac day, tic 1a néu day 1a tam gidc thi goi 13 ling tru tam gidc,

néu day 1a ttr giac thi goi 1a lang try tir gic.
4.2. HINH HQP
Pinh nghia: Hinh lang tru ti giac c6 day la hinh binh hanh dugc goi 1a hinh hop.
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D’ e

| B’

Tinh chit:
- Hinh hop c6 sau mit déu 13 nhirng hinh binh hanh.
- Hai mat song song v&i nhau goi 1a hai mat ddi dién, hinh hop c6 ba cap mat doi dién.
-Caccapdiem A va C', Bva D', C va A', D va B' duoc goi la cac dinh d6i dién cua hinh
hop.
- Cac doan thang AC',BD',CA"' va DB’ duoc goi 1a cac dudng chéo ciia hinh hop. Bon dudng
chéo cit nhau tai trung diém cta mdi dudng, diém d6 goi 1a tdm cia hinh hop.
- Mat chéo cua hinh hop 1a hinh binh hanh c6 hai canh la hai canh ddi dién cta hinh hop.
BAI TAP VAN DUNG
Dang 1: Chirng minh hai mit phing song song
Céu 1. Cho hinh chép S.ABCD ¢6 ddy ABCD 1a hinh binh hanh tdm O, goi M, N lan luot 1a
trung diém cta SA, SD . Chirng minh (OMN) I (SBC).

Céu 2. Cho hinh chép S. ABCD c6 day ABCD 14 hinh binh hanh. Goi H, I, K 1an luot 13 trung diém
cua SA,SB,SC'.
a) Chimg minh ring: (HIK ) || (ABCD).

b) Goi M la giao diém ciia AI va KD, N 1a giao diém cia DH va CI. Ching minh ring
(SMN) || (HIK )

Cf}u 3. Cho hinh chép S.ABCD c¢6 ABCD la hinh binh hanh tam O . Goi M , N lan luot 1a trung
diém cia SAva SD.

a) Chimg minh (SBC)|| (OMN).
b) Goi P, @, R lan luot la trung diém cia AB,ON, SB. Chimg minh PQ||(SBC) va
(OMR)|(SCD).

Dang 2: Xac dinh giao tuyén khi chira yéu t6 hai miit phiang song song
Ta c6 thé dung cac cach sau

M e (a)nfy)
Céach 1: {(a) || (B) = (@) (v) = Mz; Mz ||b
(8)n(v) =0

Céch 2: Pua vé dang thiét dié 51 dure 5 (Q)H(ﬁ)
: ang thi¢t dién song song voi duong thang c (5) = a,b || (a).
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Céu 1. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tim H . Mat phang (P) di qua
H va song song véi (SAB) . Tim giao tuyén cia

a) Mt phang (P) va (ABCD). b) Mit phing (P) va (SBC)

Céu 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 1a diém bt ki trén canh
AB, (a) 12 mat phang di qua M va song song voi (SBC’). Tim giao tuyén cia (a) v6i1 cadc mat
cua hinh chop.

Dang 3: Dinh ly Thales trong khong gian

Ta c6 thé dung cac cach sau:

(o) 11(3)

dn(a)=4, dn(8)=B
dn(a)=A4", dn(p)=B
dld'

(@) 1(8)11 () s e Be

Cich2: {dn(a)=4, dn(8)=B, dn(y)=C = YU

d'n (a)=4", d'n(B)=8, d'n(y)=C"

Cau 1. Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh, cac diém M , N lan luot thude
BM CN

cac canh SB,AC sao cho—— = — =z, (0 <z = 1) .Goi G la trong tdm tam giac SCD . Tim
MS NA

Cach 1: ':>AB:A'B'

z @& (MNG) | (SAD).
Céu 2. Cho hinh chép cut tam gidc ABC.A’B'C" trong 46 ABC 1a day 16n. Goi S 1a diém dong
qui cua cac duong thang AA’, BB',CC' . Chirg minh SA' _ 5B _ 5C .

SA  SB  SC
Céu 3. Cho hinh hop ABCD.A'B'C'D’ ¢6 tat ca cac mit déu 1a hinh vudng canh o . Cac diém
M, N lan lugt trén AD’, BD sao cho AM = DN =z (0 <z< a\/g).

a) Chirng minh khi z bién thién, duong thing MN ludn song song véi mot mit phiang cb dinh.

a2

b) Chimg minh khi » = == thi MN | AC.

BAI TAP PUNG SAI
Ciu 1. Cac ménh d& sau dung hay sai?
Ménh dé Ping | Sai
a) | Hai mat phang phén biét khong cat nhau thi song song.

b) | Néu mit phéng nay chira hai dudng thang ciing song song véi miat phang kia
thi hai mat phing d6 song song vdi nhau.

¢) | Hai mat phang cung song song voi miat phang thir ba thi song song véi nhau.

d) | Hai mat phang phan bi¢t cung song song vdi mot duong thang thi song song
v&i nhau.
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Ciau 2. Trong mit phang (P), cho hinh binh hanh ABCD . V& cac nira dudong thang song song
nhau, nam vé mot phia dbi véi mat phang (P) va di qua cac diém A, B, C, D . Mot mit phang (Q)

cit bon nira dudng thang néi tréntai A", B',C",D".

Ménh dé

Dung

Sai

a)

mp(AA’,BB/) song song voi mp(CC/,DD/>.

b)

AB ||C'D

c)

Ta gidc A B'C'D' 1a hinh thang

d)

Goi O va O lan luot 1a giao diém cua hai dudong chéo cia ABCD va

A'B'C'D . Khids 00" || AA.

Céu 3. Cho ling tru tam giac ABC-A'B'C’ ¢6 I,K,G lan luot la trong tim cac tam giac
ABC,AB'C',ACC".Goi M,M' lan luot 1a trung diém cua BC,B'C".

Ménh dé

Dung

Sai

a)

AMM' A" 13 hinh binh hanh

b)

AT AG 1

AM ~ AN 3

c)

(IKG) cét (BCC'B)

d)

(AKG) | (AIB')

Céu 4. Cho hinh chép S.ABCD ¢6 day ABCD 14 hinh binh hanh. Goi H,I, K 1an luot 1a trung
diém ciia SA,SB,SC . Goi M 1a giao diém cta Al va KD, N la giao diém cia DH va CI .

Ménh dé

Dung

Sai

a)

HI || (ABCD)

b)

(HIK) | (ABCD)

)

SM va HI chéo nhau

d)

(SMN) cat (HIK)

Cau 5. Cho hinh chép S.ABCD c6 day la hinh binh hanh tam O . Goi M, N lan luot
cua SA va SD.

la trung

diém

Ménh dé

bung

Sai

a)

MN |[(SBC)

b)

(OMN) || (SBC)

c)

Goi FE latrung di€ém doan AB va F' la mot diém thuoc doan ON . Khi d6 EF
cat véi mat phang (SBC).

d)

Goi G 1a mot diém trén mit phang (ABCD) cach déu AB va CD. Khi d6
GNciat (SAB)

Cau 6. Cho hinh hop ABCD - A'B'C'D’. Goi G,,G, 1a trong tam cuia cac tam giac A'BD,B'D'C

GV: Nguyén Trung Trong - &:0983.286.750 - Truwong THPT Xuin Phuong




Hoc dé khing dinh minh!

Ménh dé

Pbung

Sai

a) | A'D'CB 1a hinh binh hanh

b)| (4'BD)|(B'D'C)

©) G,,G, cung thugc AC

d !
' aa, - %AC

Cau 7. Cho hinh binh hanh AB CD va ABEF nam & hai mit phang khac nhal}. Goi M la trong
tam AABE . Goi (P) 1a mat phang di qua M va song song véi mat (ADF).Lay N la giao dieém

cua (P)va AC.

Ménh dé

Pbung

Sai

a) | EFDC 1a hinh thang

b)| FD | EC

¢) | (ADF) || (BCE)

d)| AN

=t _3
NC

Cau 8. Cho hinh hép ABCD - AB'C'D’ ¢6 cac canh AA', BB',CC',DD’ song song v&i nhau.

Ménh dé

Pbung

Sai

a) (BDA’)

[(BDC)

b) | Buong chéo AC" di qua trong tim G,,G, cuatam giac BDA va BDC.

©) | AG, =263,

! ! !

hinh binh hanh

d) | Mt phing (A’B’G2) cit hinh hop ABCD - A'B'C'D’ tao thanh mét ttr gidc 1a

Céu 9. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh tim O. Goi M, N lan luot 1a

trung diém cua SA va SD .

Ménh dé

Dung

Sai

a) | ON chéo nhau v6i SB

b) | (OMN) || (SBC)

¢) | Goi P va @ la trung diém cia AB va ON.Khi d6 PQ cat (SBC)

d) | Goi R la trung diém AD.Khi d6 (MOR) || (SCD).

! ! !

Cau 10. Cho lang tru tam giac ABC - A
BC'.

B'C'. Goi I va I lan luot 1a trung diém cua BC va

Ménh dé

Dung

Sai

a) | 7' || BB

b) | AA'T'T 1a hinh binh hanh
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¢) | 14" song song (AB/C’/).

d) | Giao tuyén ctia (AB/C/) va (A/B C/) 1a dudng thang di qua giao diém ctia hai

duong thang AT, AT .

PE ON TAP: BAI 4: “HAI MAT PHANG SONG SONG”
PHAN 1. Cu tric nghi¢ém nhiéu phwong an lya chon. Thi sinh tra 16i tir cAu 1 dén cau 12.
MGi cdu héi thi sinh chi chon mét phwong dn.
Céu 1. Ménh d& nao sau day 1 sai?
A. Qua mét diém bat ky c6 mot va chi mot mit phang song song voi mot mit phang cho trude.
B. Hai mit phang duogc goi la song song v&i nhau néu chung khong ¢ diém chung.

C. Ba mit phang phan biét d6i mot song song v6i nhau chan trén hai cat tuyén bat ky nhiing doan

thang twong ung ti 1€.
D. Hai mit phang song song cat mat phang thir ba theo hai giao tuyén song song véi nhau.
Céu 2. Cho hinh hop ABCD.A'B’'C’'D’ . Ménh dé nao sau day 1a sai?

A B

pf &
Ay oo B
D < C
A. (ABCD)||(A'B'C'D'). B. (ABB'A')||(DCC'D').
C.(ACC'A)|(ABD). D. (A'B'C")||[(ABD).

Cau 3. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tam
0. Goi M, N lan luot la trung diém canh SA, SD. Mat
phing (OMN ) song song v&i mat phang nao sau day?

A. (SAD). B. (SAC).

C. (SBD). D. (SBC).

Cau 4. Cho hinh chép S.ABCD c6 day la hinh binh hanh tdm

0.Goi M, N, E lan lugt 1a trung diém canh SC, SB, CD
. Khang dinh nao dung?

A. (OMN) || (SBD). B. (OME) || (SBD).

C. (SCD) | (SAB). D. (OMN) || (SAD).

Cau 5. Cho hai hinh binh hanh ABCD va ABEF .Goi O, M, N, P, @ lan luot la trung diém

canh FD, FA, FC', EB, FB. Khang dinh nao sai?

A. (OMN) | (ABC). (OMN) || (ACD).

C. (DMN)||(AcCP). D. (DMN)||(ACQ).
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Céu 6. Cho hinh hop chit nhat ABCD.EFGH . Goi M, N, O lan luot 1 trung diém canh GH,
GF, BD.Mit phang (AFH ) song song voi mit phang nao sau day?

A. (OMN). B. (GBD). C. (AMN). D. (BCD).

Cau 7. Cho hinh hop Ch}NI nhat ABCD.EFGH .Goi O, M, N 1an luot 14 tAm cta cac hinh ABCD
, CGHD, EFGH . Khang dinh nao sai?

A. (OMN) | (BFC). B. (OMN)|| (CGF).

C. (OMN) || (ABE). D. (OMN) || (AEH).

Céu 8. Cho hinh hop ABCD.A'B'C'D’, AC cat BD tai O va A'C’ cit B'D’ tai O'. Khi d6
(AB'D' ) s& song song mit phang ndo sau day?

A. (4'0C"). B. (BDA'). C. (BDC'). D. (BDC).

Céu 9. Cho hinh chép S.ABCD c6 déy hinh thang (AB || CD) va AB = 2CD. Goi I,J lan luot
1a trung diém cia SB va AB.Mit phing nio song song voi mit phing (SAD) ?

A. (BCI). B. (BLJ). C.(c1J). D. (SJC).

Céu 10. Cho hinh chép S.ABCD c6 day ABCD 14 hinh binh hanh tam O . Goi M, N lan luot 1a
trung diém SA,SD . Mt phang (OMN > song song v6i mit phang nio sau day?

A. (ABCD). B. (SBC). C. (SAB). D. (SCD).

Céu 11. Cho hinh ti dién ABCD . Goi I, J, K 1an luot 1a trong tAm ctia cac tam giac ABD, ACD,
ABC va M,N, P lan luot 1a trung diém cta cic canh BD,CD, BC . Khing dinh nao sau day la
diang?

A. (DJK)| (ABC). B. (LJK) || (BCD).

C. (KMN) | (ABC). D. (1JK)| (AMD).

Céu 12. Cho hinh lang try ABC.A'B'C’, goi I,J,K lan luot 13 trong tim AABC,AACC’ va
AAB'C’'. Mit phing nao sau ddy song song voi (IJK) ?

A. (BC'A). B. (ABA'). C. (BB'C). D. (CC'A).

PHAN IL Chu tric nghi¢m ding sai. Thi sinh tré 10i tir cAu 1 dén ciu 4. Trong mdi y a), b),
¢), d) & moi céu, thi sinh chon ding hoic sai

Céu 1. Cho hinh lang truy ABCD.A'B'C'D’ ¢6 hai day 1a cac hinh binh hanh. Cac diém M, N,

an luot a trung iém cua can , , inh v¢).
P lan luot 1 d h AD, BC, CC’ (hinh v&)
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C/

A/ B/

/1,;_____-‘::: ______ \--_1B
Mol ] B

Ménh dé

Dung

Sai

(@) | A'B' || (MNP).

() | (MNP)|| (BC'D').

© | (MNP) | (B'C'D').

() | DD’ cat (MNP).

Céu 2. Cho lang try tam giac ABC.A'B'C’ ¢6 I,K,G lan luot 1a trong tAm cac tam giac

ABC,A'B'C’,ACC’.
Ménh dé

bung | Sai

(a) | BB' | (ACC'A)

(b) (ABC) I (A’B’c')

(¢) | IG cat (BCC'B')

(d) (IKG) I (BCC’B’)

Céu 3. Cho hinh chép SABC ¢6 SA = 9;SB = 12;5C = 15. Trén canh SA lay cac diém M, N
sao cho SM = 4;MN = 3;NA = 2. V& hai mit phang song song v4i mit phang (ABC’) lan luot

di qua M, N, cit SB theo thtr ty tai M’; N’ va cit SC theo thir tw tai M”;N” .

Ménh dé

Duang | Sai

@) | SM' =4

(b)| M'N' =4

(c) M/N/+ M//N// — 9

@ | N'C = ?

Céu 4. Cho hinh hop ABCD.A’B'C'D’. Goi G,,G, 1a trong tdm cla céc tam giac A'BD;B'D'C

Ménh dé

bung | Sai

(a) | A'D’CB 1a hinh binh hanh

(b) (A’BD) I (B’D’O)

(¢) | G,,G, cung thudc AC’
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@ | GG, = %AO’ ‘ ‘

PHAN III. Cau tric nghiém tra 10i ngin. Hoc sinh tra 10i tir ciu 1 dén cau 3.

Cau 1. Cho hinh chéop S.ABCD cé day la hinh binh hanh tdim O, AB = 8. Hai canh bén
SA = SB = 6. Goi (a) 13 mat phang qua O va song song véi (SAB). Thiét dién cua hinh chop
cat béi mat phang () c6 dién tich bing a5 . Khi d6 a bing bao nhiéu.

Céu 2. Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh vudng tim O,, canh bang 2. Tam giac
SBD déu. Mot mat phang (a) song song voi (SBD) va qua trung diém 7 cta doan thang AO .
Goi S 1 dién tich thiét dién tao béi mat phang () va hinh chép. Tinh S°.

Céu 3. Cho ttr dién ABCD c¢6 tit ca cac canh déu bang 1 va G 1a trong tAm cua tam giac ABC'.
Cit tir dién boi miat phang (P> qua G va song song v6i mat phang (BC’D). Tinh dién tich thiét
dién thu dugc (1am tron két qua dén hang phan tram).

PHAN IV. Ty ludn

Céu 1. Cho hinh chép S.ABCD c6 day la hinh thang ABCD, AD || BC,AD = 2BC'. Goi

E,F,I lan luot 1a trung diém cia SA,AD,SD. Chirng minh (EFB) [ (SCD), tir do suy ra
CI || (EFB).

Cau 2. Cho hinh chop S. ABCD c¢6 day ABCD 1a hinh thang can, canh bén BC = \/g , hai day
AB =11,CD = 7. Mit phang (a) song song Vi (ABCD)Vé cit canh SO tai Isao cho
280 = 58I . Tinh dién tich thiét di¢n tao boi mat phing (a) va hinh chép.

§5. PHEP CHIEU SONG SONG
I. LY THUYET CO BAN
1. Phép chiéu song song

Cho mit phang («) va dudng thang A cét (). Véi mdi diém X w
M

+) Néu ]\Aj i (Aa) lay M’ € (a) sao cho MM"|| (a)

+)Néu M € A layM' = Aﬂ(a)

Ta ndéi M' 14 hinh chiéu song song ciia M 1én (a) theo
phuong A.

Khi dé:
+) () goi 1a mat phang chiéu, dudng thang A goi 1a phuwong chiéu.

+) Phép dat twong tmg mdi diém M trong khong gian vé6i hinh chiéu M' cta no trén miat phang
(o) dugc goi la phép chiéu song song lén (o) theo phuong A.
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+)Néu H 1a mot hinh nao d6 thi tap hop H' cac hinh chiéu M' cua tat ca nhimng diém M thudc
H duoc goi 1a hinh chiéu cia H qua phép chi¢u song song noi trén.

Chu y. Né}l mot duong thang c¢6 phuong tring v6i phuong chiéu thi hinh chiéu ctua duong thang
do6 1a mot diem.
2. Tinh chét ciia phép chiéu song song

+) Phép chiéuﬁ song song bién ba diém thang hang thanh ba diém thang hang va khong 1am thay
doi tha tu ba diém do.

+) Phép chié:u song song bién dudng thing thanh dudng thing, bién tia thanh tia, bién doan thiang
thanh doan thang.

+) Phép chiéu song song bién hai duong thang song song thanh hai dudng thiang song song hoic
trung nhau.

+) Phep chiéu song song khong lam thay d6i ti s6 do dai cua hai doan thing nam trén hai dudng
thang song song hodc cuing nam trén mot duong thang.

3. Hinh biéu dién ciia mét hinh khong gian trén mit phing

Hinh biéu dién cua mot hinh ,H trong khong gian 14 hinh chiéu song song cua hinh H trén mét
mat phang theo mot phuong chiéu nao d6 hodc hinh dong dang véi hinh chiéu do.
* Hinh biéu dién ciia cac hinh thwong gip:

"] Tam gidc. Mot tam giac bat ki bao gio cling c6 thé coi 14 hinh biéu dién cia mot tam giac co
dang tuy y cho trudc

"] Hinh binh hanh. M6t hinh binh hanh bat ki bao gid ciing c6 thé coi 14 hinh biéu dién ctia mot
hinh binh hanh c6 dang tuy y cho trudc

[ Hinh thang. Mot hinh thang bt ki bao gio ciing ¢6 thé coi 1a hinh biéu dién ciia mot hinh
thang tuy y cho truéc, mién Ia ti s6 d6 dai hai day cua hinh biéu dién phai bang ti s6 do dai hai day
cta hinh thang ban dau.

" Hinh tron. Nguoi ta thuong dung hinh elip dé biéu dién cho hinh tron.
BAI TAP VAN DUNG
Dang 1: Xac dinh dnh qua phép chiéu song song
Céu 1. Cho hinh hop ABCD.EFGH . Xéc dinh hinh chiéu ctia diém A trén mit phang (CDHG)
theo phuong BC' va theo phuong BG.
Céu 2. Cho lang try ABC.A'B'C’. Goi M 1a trung diém ctia AC . Tim hinh chiéu song song ctia
diém C'M 1én (AA’B') theo phuong chiéu CB?
Dang 2: Xac dinh hinh biéu dién qua phép chiéu song song
Ciu 1. Cho hinh chép S.ABC . I 1a trung diém AB.
a) Goi M, N,E lan luot 13 trung diém cua SA,SB,SC . Tim anh cia AMNE trong phép chiéu
song song trén (ABC ) theo phuong SC'.

b) Tim anh cua tam giac MNE trong phép chiéu song song trén (AB C ) theo phuong trung tuyén
SI cua ASAB.

Cau 2. Cho hinh hdp chit nhat ABCD.A'B'C'D’. Goi O = ACNBD va O'=A'C'nB'D'.
Piém M, N lan luot 13 trung diém cia AB va CD. Qua phép chiéu song song theo phuong A0’
1én mit phang (AB CD). Xac dinh hinh chiéu cua tam giac C’MN .
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Dang 3: Bai tap tong hop
Céu 1. Cho hinh hop ABCD.A'B'C'D". Goi M, N lan luot 1a trung diém cua CD va CC'. Goi
A 1a duodng thing di qua M dong thoi cit AN va A'B. Goi I,J lan luot la giao diém cia A

v6i AN va A'B. Hay tinh ti s6 %

Céu 2. Cho hinh hop ABCD.A'B'C'D’. Xac dinh cac diém M,N tuong Ung trén cac doan

AC' B'D’ sao cho MN song song véi BA' va tinh ti s6 MA

-
BAI TAP PUNG SAI
Céu 1. Cac ménh d& sau dung hay sai?
Ménh dé Piing | Sai
a) Hiﬂnh biéu dién ctia mot hinh binh hanh 13 mot hinh binh hanh hodc 13 mot doan
thang.

b) | Hinh biéu dién cta mot hinh chir nhat 13 mot hinh chir nhat hodc 1a mot doan
thang.

¢) | Hinh biéu dién cua mot hinh vudng 1a mét hinh vuéng hodc la mdt doan théng.

d) | Hinh biéu dién ctia mot hinh thoi 1a mét hinh thoi hodc 1a mot doan théng.
Cau 2. Cho hinh lang try ABC - AB'C'.

Ménh dé Piing | Sai
a) | 44 || cC’

b) | A" hinh chiéu cua A trén mit phang (A’B/C’ ) qua phép chiéu song song theo
phuong CC'".

¢) | Goi M la mét diem trén doan thang A B . Hinh chiéu cia M trén mat phang
(A’B'C’) qua phép chiéu song song theo phuwong BB ladiém M € A'B’

d) | Goi O 13 tam cua hinh binh hanh BCC'B’. Anh cia O qua phép chiéu song
song theo phuong AA" trén mit phing (A’B'C’) 1a trung diém cua B'C".

Céu 3. Cho cac doan thang va duong thang khong song song hoidc khong trung véi phuong chiéu.
Ménh dé Piing | Sai
a) | Phép chiéu song song bao toan thir tuy ba diém thang hang.

b) | Phép chiéu song song khong 1am thay doi ti s6 do dai cua hai doan thing.

¢) | Hinh chiéu cua hai duong thang song song la hai dudng thing song song hodc
trung nhau.

d) | Hinh chiéu song song ciia mot duong thang 1a mot duong thing.
Céu 4. Cho hinh chop S.ABCD ¢6 ddy 1a hinh binh hanh, trén canh SA ldy diém M sao cho
MA = 2MS . Goi O latam cua hinh binh hanh ABCD . Mot phép chiéu song song theo phuong
MO 1én mat phang (ABCD) bién diem S thanh diem N .

Ménh dé Piing | Sai
a) | N 14 hinh chiéu song song ctia S 1én mit phang (ABCD) theo phuong OM .
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b)| A0 1
AN 3
¢)| AN
) X 4
d|CN 1
CA 4
Céu 5. Cho hinh ling tru ABC - A'B'C";I va I' lan luot 1a trung diém ctia doan AB va A'B’.
Ménh dé Ping | Sai
a) | AI' || IB

b) | Hinh chiéu song song cuia I trén mit phang (A/B'C/) phuong A'T 1a diém C'

¢) Trong mat phang (A’B’C”) , v& hinh binh hanh A'C'MTI . Suy ra ACMI 1a
hinh binh hanh.

d) | M/1a hinh chiéu song song cua C' theo phuong Al  trén mit phing (A/B/C/)

PE ON TAP: BAI 5: “PHEP CHIEU SONG SONG”

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cAu 1 dén cau 12.

MGi cdu héi thi sinh chi chon mét phwong dn.

Ciu 1. Cho hinh hop ABCD.A'B'C’'D’. Hinh chiéu ctia tam giac A’B’C’ theo phuong B'B 1én

mit phang ABC' 1 hinh nao?

A. ADC'. B. ADB. C. BCD. D. ABC.

Céu 2. Khing dinh nao sau ddy ding?

A. Hinh chiéu song song ctia mét hinh chép cut c6 thé 1a mot hinh tam giac.
B. Hinh chiéu song song caa mot hinh chop cut cé thé 1a mot doan théng.
C. Hinh chiéu song song ctia mot hinh chép cut c6 thé 1a mot hinh chép cut.
D. Hinh chiéu song song ctia mdt hinh chép cut c6 thé 1a mot diém.

Ciu 3. Qua phép chiéu song song, tinh chit nao khong dugc bao toan?

A. Chéo nhau. B. Dong quy. C. Thing hang. D. Song song.

Cau 4. Trong cac m¢nh dé sau, ménh dé nao dang?

A. Hinh chiéu song song ctia hai duong thang chéo nhau c6 thé song song véi nhau.
B. Hinh chiéu song song cua hai duong thing cét nhau thi song song.

C. Hinh chiéu song song ctia hai mot hinh vudng 1a mot hinh vuéng.

D. Hinh chiéu song song cua mot luc giac déu 1a mot luc giac déu.

Céu 5. Qua phép chiéu song song 1én mat phang (P) , hai dudng thang a va b co hinh chiéu 14 hai

duong thang song song a’ va b’ . Khi do:

A. a va b phai song song véi nhau.

B. a va b phai cit nhau.

C. a va b c6 thé chéo nhau hoic song song véi nhau.
D. a va b khong thé song song.
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Ciu 6. Cho tir dién ABCD . Goi G 1a trong tdm cua tam giac ACD . Hinh chiéu G’ cua diém G
trén mat phang (B CD) theo phuong chiéu AB la:

A. Trong tam cua tam giac BCD. B. Trung diém BC'.

C. Trung diém CD. D. Trung diém BI véi I 1a trung diém CD.
Céu 7. Cho hinh ling tru ABC.A’B’C’. A’ hinh chiéu ciia A trén (A’B’C') qua phép chiéu song
song theo phuong 1a dudng thang nao?

A. CC'. B. CA’. C. C'A. D. B'A".

Céu 8. Cho hinh ling try ABC.A’B'C’. Goi G 1a trong tam ctia tam gidc ABC . Qua phép chiéu
song song dudng thang AA’ mit phang chiéu la (A/B 'C /> bién G thanh G'. Tim ménh dé dling?
A. G’ 1a trong tam tam giac A'B'C’. B. G’ 1a trung diém cia A'B’.

C. G’ 1a tryc tam tam giac A'B'C’. D. G’ 14 trung diém cta B'C’.

Céu 9. Cho hinh chép S.ABCD day 13 hinh binh hanh tim O. Trén canh SB,SD lan luot lay

diém M, Nsao cho SM = 2MB va SN = %SD. Hinh chiéu ctia M, N qua phép chiéu song song
A - 2 < A 5 \ N A \ It 2 A OP
1én mat phang chi¢u (AB C’D) theo phuong cua duong thang SO lan lugt la P, . Tinh ti s0 O_Q

L c. 3 D. 2.
2 4 3
Ciu 10. Trong khong gian, hinh nao khong phai 14 hinh biéu dién ctia hinh chép tam giac?

O & NN

Céu 11. Cho hinh hop ABCD.A'B'C'D’. Hinh biéu dién cia AA’C'D’ qua phép chiéu song song
1én mit phang (ABCD) theo phuong A'B la

A. Mot tam giac ABC'.

B. M6t tam giac BCI , v6i I 1a diém sao cho C' 14 trung diém cta DI .

C. Mot tam giac ACD .

D. Mot tam giac DCM , voi M 1a diém sao cho C' 1a trung diém cia BM .

Cau 12. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thang véi AB // CD, AB = 3CD. Goi
M ,N theo thir tw 13 trung diém SB,SC va K la giao diém ciia duong thang SD véi mit phang

(AMN). Tinh ty s %'

A. 2. B.

A K _3 g K _1 c. 5K _4 p 5K _2

SD 5 SD 2 S 7 SD 3
PHAN II. CAu tric nghiém dung sai. Thi sinh tra 161 tir cau 1 dén cau 4. Trong moi y a), b),
¢), d) & moi cau, thi sinh chon ding hoac sai

Céu 1. Cho hinh 1ap phuong ABCD.A' B'C'D’. Xét phép chiéu song song theo phuong chiéu AA’'.

GV: Nguyén Trung Trong - &:0983.286.750 - Truwong THPT Xuin Phwong _




Hoc dé khing dinh minh!

Ménh dé Ping | Sai
(a) | Hinh chiéu ctia C’ 1én mit phang (AB CD) la C.
(b) | Hinh chiéu ctia B 1&n mit phang (A’ B’C’D’) la A’
Goi Ova O’ lan luot 1a tdm cta hinh vuong ABCD va A'B'C'D’.
(©) | Hinh chiéu ctia O 1én mit phang (ABCD) la O'".
(d) | Hinh chiéu ciia AC' lén mat phing (A'B'C'D') 1a A'C".
Céu 2. Cho hinh hop chit nhat ABCD.A’B'C'D’. Xét cac ménh dé sau:
Ménh de bung | Sai
Hinh chiéu cia C' 1én (A'B'C’ /) theo phuong chiéu DA’ trong phép
@ chiéu song song 1a diém C’.
Goi Ova O’ lan lugtla tam cia ABCD va A’B’'C'D’. Hinh chiéu ctia
(b) | diém A 1én mit phing (A’B’C ') theo phuong chiéu OO’ trong phép
chiéu song song 1a diém A’.
Goi Iva I’ 1an luot 1a trung diém ciia AB va A’B’. Hinh chiéu cua [
(c) | 1én mat phing (A'B 'C ') theo phuong chiéu AI’ trong phép chiéu song
song 1a diém A’
Goi G 1a trong cia AABC. Goi G’ 1a hinh chiéu cia G 1én
(d) (A’B'C'D’) theo phuong chiéu II’ trong phép chiéu song song. Khi
d6 G’ latrong thm AA'B'C’.
Céu 3. Cho hinh ling tru ABC.A’B'C’;I va I’ lan luot 14 trung diém cua doan AB va A’'B’.
Ménh dé Piing | Sai
(a) | AI' || IB’
) Hinh chiéu song song cua I trén mit phiang (A'B'C’/) phuong A'T 1a
diém C’.
© Trong (A'B'C’), v& hinh binh hanh A’C'MI’. Suy ra ACMI' 1a hinh
binh hanh.
AMAA'1a hinh chiéu song song ciia ACAA’ theo phuong AI’ trén
@ (4p0)
Cau 4. Cho hinh hop chit nhat ABCD.A’B'C'D’.
Ménh dé Ping | Sai

(a) | ADC’'B’14 hinh binh hanh

(b) 7
song song theo phuong cua dudng thing C'D 1a B'
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© Hinh chiéu song song cia AAB’D’ trén mit phang (BCC’B') qua
c r 2
phép chiéu song song theo phwong ctia duong thing C'D" 1a ABB'C’

Hinh chiéu cua hinh hop ABCD.A’B'C'D’ 1én mit phang (BC’D)
theo phuwong AB 1a mdt hinh tam giac

(d)

PHAN III. Cau tric nghiém tra 16i ngin. Hoc sinh tra 10i tir cAu 1 dén ciu 3.
Céu 1. Cho tir dién ABCD, M 14 trong tdm cta tam giac ABC . Goi N 1a hinh chiéu song song

cita diém M theo phuong CD Ién mat phing (ABD). Khi dé % bing bao nhiéu? (lam tron dén
hang phan tram)

Céu 2. Cho hinh lang tru ABC.A’B'C’, goi I'la trung diém AB.Goi S, S’ lan luot 1a dién tich
cta tam giac AABC va hinh chiéu cia tam giac AA’C’1én mat phang (A'B’C’ /) theo phuong

!

IB' . Khi 6 ti s6 % bang
Céu 3. Cho hinh chép S.ABCD day 1a hinh vudng tim O canh 2. Trén canh SB,SD lan luot liy
diém M, Nsao cho SM = 2MB va SN = %SD. Dién tich hinh chiéu song song ciia tam giac

AAMN 1én mit phang (ABCD) theo phuong cta dudng thang SO bing

PHAN IV. Ty luin
Céu 1. Cho hinh chép S.ABCD day 1a hinh binh hanh tdm O. Trén canh SB, SD lan luot iy

diém M, N sao cho SM = 2MB va SN = %SD. Hinh chiéu ctia M, N qua phép chiéu song

song duomg thang SO 1én mét phang chiéu (ABCD) lan luot 1a P, Q . Tinh ti s g—g.

Céu 2. Cho hinh chop S.ABCD ¢6 déy 1a hinh binh hanh, trén canh SA ldy diém M sao cho
MA = 2MS . Goi O la tam cta hinh binh hanh ABCD . Mt phép chi€u song song theo phuong

MO 1én mit phing (ABCD) bién diém S thanh diém N . Ti s6 g—]z biing

PE ON TAP CHUONG 4: QUAN HE SONG SONG TRONG KHONG GIAN
PHAN I. Céu tric nghi¢ém nhiéu phwong 4n lra chon. Thi sinh tra 16i tir cAu 1 dén ciu 12.
MGi cdu héi thi sinh chi chon mét phwong dn.

Ciu 1. Tim khang dinh diing trong cac khang dinh sau?

A. Néu hai mit phing cung song song v6i mot mit phang khac thi ching song song v6i nhau.
B. Néu ba mit phing phan biét d6i mot cit nhau theo ba giao tuyén thi ba giao tuyén d6 dong
quy.

C.Néu (P) I (Q); duong thang a (P);b C (Q) thi @ va b hodc song song hodc chéo nhau.

D. Cho hai duong thang a,b nam trong mit phiang (P ) va hai duong thang a’,b’ nam trong mit

phing (Q). Khido, néu alla’; b b thi (P)(Q).
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Céu 2. Cho hinh chép S.ABCD c¢6 day la hinh thang day 16n 1a CD . Goi M 1a trung diém cua
canh SA, N la giao diém cua canh SB va mat phéng (M C’D) . Ménh dé nao sau day 1a ménh dé

ding?
A. MN va SD cit nhau. B. MN || CD.
C. MN va SC cét nhau. D. MN va CD chéo nhau.

Céu 3. Cho hinh chop S.ABCD c6 day la hinh binh hanh. Goi M, N, P 1an luot 1a trung diém cta
cac canh AB, AD,SC . Khi @6 mit phang (MNP) khong c6 diém chung véi canh nao sau day?
A. SB B. SC C. SD D. SA

Cau 4. Cho hinh hop ABCD.A'B'C'D'. Mit phang (AB'D’) song song v&i mat phang nao sau
day?

B
A. (BCA') B. (BDA') C. (4'c0) D. (BC'D)
Céu 5. Cho hinh lang tru ABC.A'B'C" ¢6 M, N lan luot 14 trung diém cia BB' va CC'. Goi d
1a giao tuyén ctia hai mat phang (AMN ) va (A’B 'C ') . Ménh dé nao duéi day ding?
A.d| AB B.d|AC C.d|| BC D.d | AA’
Ciu 6. Cho tr dién ABCD ¢6 M, N lan lugt la cdc diém thudc canh BC' va BD sao cho MN
khong song song voi CD . Goi K 14 giao diém ciia MN va mat phang (A C’D) . Khang dinh nao
sau day dang?
A. K 1a giao diém cua MN va AC. B. K 14 giao diém ctia MN va CD.
C. K 1a giao diém cua MN va AD. D. K la giao diém cia CM va DN.
Céu 7. Cho hinh ling tru ABC.A’B'C". Goi I va I' 1an luot 14 trung diém ciia AB va A'B’. Qua
phép chiéu song song dudng thing AI', mit phing chiéu (A'B'C") bién diém I thanh diém nio?
A. C' B. A’ C.I D. B’

Céu 8. Cho hinh hop ABCD.A'B'C'D’ ¢6 céc canh bén AA', BB', CC' va DD'. Khing dinh
nao sau day sai?

A. (AA'B'B) I (DD'C'C). B. BD || A'C".

C. (BA'D') va (ADC") cét nhau, D. A'B'CD la hinh binh hanh.

Céu 9. Cho hinh chép S.ABCD c6 ddy la ABCD hinh thang (AB || CD). Giao tuyén ctia hai mat
phéng (SAB) va (SCD) la

A. Puong thang qua S va giao diém cua AD va BC.
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B. Duong thang qua S va song song véi ADva BC'.

C. Puong thiang qua S va giao diém ciia AC va BD.

D. Puodng thang qua S va song song véi AB va CD .

Cau 10. Cic yéu td nao sau ddy xac dinh mot mit phang duy nhét?
A. Bén diém phan biét..

B. Mot diém va mot duong thing..

C. Ba diém phan biét. D. Hai dudng thang cit nhau.

Céu 11. Cho hinh tir dién ABCD . Giao tuyén cta hai mit phang (ABC’ > va (CDB) la duong
thang.

A. BD. B. BC. C. AB.

D. CD.

Cau 12. Cho hinh chop S.ABCD c6 day 1a hinh binh hanh. Goi M, I lan luot 1a trung diém cua

SA, BC,diém G nam gitta S va I sao cho i—f = % Giao diém cua duong thaing MG v6i mat

phang (ABCD) la

A. Giao diém cua dudng thing MG va dudng thing AB .
B. Giao diém cua duong thang MG va duong thing AT .
C. Giao diém cta dudng thang MG va duong thing BC'.
D. Giao diém ctia duong thing MG va duong thang CD .

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 16i tir cdu 1 dén cdu 4. Trong mdi y a), b),

¢), d) & mdi cau, thi sinh chon diing hoic sai

Céu 1. Cho hinh binh hanh ABCD va ABEF nam & hai mit phang khac nhau. Goi M 14 trong

tam AABE . Goi (P) 13 mat phang di qua M va song song voi (ADF) .

Ménh dé Ping | Sai
(a) | (BCD)~(AEF) = AB
(b) | FD || (EAC)
(©) (ADF) I (BCD)
: NS S N . .., AN
(d) | Goi N la giao di€ém cua (P) va AC.Khid6 — = 3.
NC
Céu 2. Cho hinh lang try dong ABCD.A'B'C’'D" ¢6 hai day la cac hinh binh hanh. Cac diém
M, N, P lan luot 1a trung di€ém cac canh AD, BC va CC'.
Ménh dé Piing | Sai

(@) | (A'MN)~(ABCD) = MN

(b) | NP || (ADD'A')

(© | (MNP) | (BC'D')

() | Goi DD' ~(MNP) = {Q}. Khi do g—g _1
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Hoc dé khang dinh minh!

Ciu 3. Cho hinh ling tru ABC.A'B'C". Goi cac diém M, N, P 1an luot 14 trung diém cua cc canh
bén AA', BB' va CC" (tham khao hinh v¢)

|

/ N
Vg

If’Z”’/

Ménh dé

Dung

Sai

(@)

Giao tuyén cua (AMC") va mat phang (A'B'C') 1a dudng thang AC'

(b)

Puong thing AP song song v6i mit phang (MB'C’ ’).

(©

Mit phang (MB'C') song song v&i mit phang (ANP)

(d)

Céu 4. Cho hinh chop S.ABCD c6 day la hinh thang AB || CD, AB = 2CD, M 1a trung diém

canh AB.

Gia st tam giac ABC' latam giac vuong cantai A voi AB = \/5 . Goi

E.E' lan lwot thudc cac canh AB va A'B’ sao cho A_E= l;
AB 2

A'E” ]_ - 2 ’ \ 7. <

B = 3 Mat phang qua FE' va song song voi BC cat MN, MP

5

lan luot tai I,J . Khido IJ = 3

Ménh dé

Dung

Sai

(@)

AD || (NMC) véi N 1a trung diém cia SA.AC"

(b)

MC|AD

(©

Giao tuyén cta hai mat phéng(SAB) va (S C’D) 1a duong thang Sz,
Sz || AD.

(d)

(P) 1a mat phang qua M va song song v6i hai duong thang SB,SD.
Goi E 1a giao diém ctia CD véi (P), khi d6 £C_1
DC 2

PHAN III. Céu tric nghiém tri 16i ngan. Hoc sinh tra 10i tir cAu 1 dén céu 3.
Cau 1. Cho hinh chop S.ABCD c6 day ABCD 1a hinh thang can véi canh bén BC' = 2; hai day
AB =6 va CD = 4. Mit phang (P) song song voi (ABC’D) va cit canh SA tai M sao cho
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Hoc dé khang dinh minh!

af

SA = 3SM . Biét ring dién tich ctia thiét dién khi cat bi (P) va hinh chop S.ABCD bing ——
trong d6 a,c 1 cac s6 nguyén duong va b 1a s6 nguyén to. Gia trj ctia biéu thuc T = a + 2b — ¢
Céu 2. Cho hinh chép S.ABCD . Biét tit giac ABCD 14 hinh binh hanh tdm O vacé AC = 3\/5
; BD = 3. Tam giac SBD 1a tam giac déu. Mit phang (a) di dong song song v4i mit phang
(SBD) va di qua diém I thudc doan OC' sao cho Al = 2\/5 . Tinh dién tich thiét dién cta hinh
chép véi mat phing (&) (lam tron két qua dén hang phan tram ciia dién tich).

Cau 3. Mot cai banh c¢6 dang hinh chop, ddy 1a hinh vudng (tham khao hinh v€). Gié sir dinh cua
banh 1a S, day la hinh vuéng ABCD tam O canh 5¢cm, SB = SD. Goi M 1a diém tuy y trén

canh AOsaocho AM =z (x > 0). Nguoi ta cat banh bang dao v6i mat cat 13 mat phang (a) di
qua M, song song voi SA va BD. (a) cit SO,SB,AB lan lugt tai N,P,Q. Cho SA =5¢m.
Tim z dé dién tich tir gidic MNPQ dat gia tri 16n nhat (Két qua lam tron dén hang phan chuc).

ﬁ' -
L..dm..n O .‘\
PHAN IV. Ty ludn

Ciu 1. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tam O . Goi G,G"' lan luot 1a
trong tdm tam giac ABC va SBC'.
a) Chimg minh GG’ || (SAD)

b) Goi (P) 12 mat phang chira GG’ va song song voi (SAB). Mit phang (P) cat SD tai M .
Tinh ti s6 S—M
SD

Cau 2. Cho hinh chép S.ABCD ¢6 ddy ABCD 1a hinh binh hanh tim O. Lay M la diém trén
canh SA sao cho MA =2MS, N la diém trén canh BC' sao cho NB = 2NC va G la trong tam
tam giac BCD.

a) Tim giao tuyén ctia hai mat phang (SA C ) va (SBD).
b) Ching minh (MNG) || (SCD).

¢) Biét rang ASCD vuéng tai S ¢6 SC = 4,5D = 4. Tinh ti s6 Ajg
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