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LOI CAM ON

Du &n dugc hoan thanh dudi sy hudng dan khoa hoc cua Thay Hiéu Truong Lé
Quéc Trung. Ching em xin gui 1o tri &n sau sic dén thay vi da danh su quan tam, hd
tro va tao diéu kién thuan loi cho chiing em trong qué trinh thuc hién du 4n 99 bai toan
thuee té 16p 10", Sy chi dao tan tinh va nhitng dong gbp quy bau cuia Thay da giup ching
em c6 thém dong luc, dinh hudng rd rang va hoan thanh du &n mot cach tét nhat. Chang
em vd cling tran trong sy giup d& cua Thay va mong ring sé tiép tuc nhin duoc sy dong
hanh, chia sé cua Thay trong nhitng ching dudng hoc tap va nghién ctu tiép theo.

Ching em xin bay t6 16ng biét on t6i Ban Giam hiéu nha Truong THCS & THPT
Mong Tho vi da tao diéu kién va hd tro chiing em trong sudt qua trinh thuc hién thuc
tap va thuc hién Dy &n vé cac chuyén dé Toan thyc té 16p 10. Chinh sy quan tim, dong
vién va hudng dan cua quy thay co da giup chling em cé thém dong luc va ty tin trong
viéc thuc hién du an nay.

Chidng em chén thanh cam on quy thay c6 di tan tinh hudng dan, truyén dat
nhitng kién thirc va kinh nghiém quy bau, gidp chiing em nang cao ki niang giang day
cling nhu &g dung 1y thuyét vao thuc té. Bac biét, sy cham chi, ham hoc hoi cua cac
ban hoc sinh chinh 1a dong lrc to I6n dé ching em nd luc hoan thanh tét nhiém vu cua
minh.

Chaing em mong rang du an nay s& mang lai nhiéu gié tri cho cac ban hoc sinh
16p 10, gitp cac ban c6 thém co hoi van dung kién thire todn hoc vao thuc tidn, tir d6
nuoi dudng niém dam mé va hing thi véi mon hoc.

Mot lan nita, xin chan thanh cam on va kinh chuc truong THCS&THPT Mong
Tho ngay cang phét trién vitng manh, git hai nhiéu thanh cong trong su nghiép giéo
duc.

Mong Tho, ngay 16 thang 02 nam 2025
Nhom tac gia
Triéu Yén Linh
Lu Ngoc Cam
Pham My Huyén
Huynh Lé Thuy Vuong



LO1 MO PAU

Toan hoc khdng chi 1a nhitng con s6 va cong thic triru twong, ma con 1a cong cu
manh mé& dé giai quyét nhirng van dé thuc tién trong cudc sdng. Qua do, chiing em nhan
ra raing mon Toan khdng chi ton tai trong c&c bai giang ma con c6 thé giai quyét duoc
nhitng tinh hudng thuc té hang ngay. Diéu nay khéng chi gitp chiing em ma rong kién
thirc ma con cang ¢b niém dam mé véi mon hoc. Véi tinh than dé, du an "99 Bai Toan
Thuc Té Toan 10" ra doi nham dem lai cho cac em hoc sinh mot goc nhin méi mé va
thuc té hon vé toan hoc.

Ching em hy vong rang nhitng nghién ctu va két qua thu duoc tir dy an nay s&
gop phan nho vao viéc 1am phong phu thém phuong phép giang day mon Toan tai
truong, ddng thai truyén cam hing cho céc ban hoc sinh khéc trong viéc kham pha, tng
dung Toén hoc vao cudc séng. Mot 1an nira, ching em xin gui 10i cam on chén thanh
tgi Ban Giam hiéu, quy thay c6 va cac ban hoc sinh vi nhiing su gitp d& quy bau trong
suét qua trinh thuc hién du an.

Dy &n Toan thuc té 10 gdm c6 8 chuyén dé:

e Chuyén dé 1: Ménh dé va tap hop

e Chuyén dé 2: Bat phuong trinh va hé bat phuong trinh bac nhat hai an
e Chuyén dé 3: Ham s6- B0 thi va tng dung

e Chuyén dé 4: Vecto

e Chuyén dé 5: Pai s6 t6 hop

e Chuyén dé 6: X4c suat

e Chuyén dé 7: Hé thirc lugng trong tam giac

e Chuyén dé 8: Phuong phap toa do trong mit phang

O mdi chuyén dé tap trung vao mét phan kién thic co ban can nam viing, kém
theo céc bai toan thuc té lién quan. Cac chuyén dé khdng chi gidp cung cé kién thirc ma
con mang lai co hoi dé cac em &p dung todn hoc vao cac tinh hudng thuc té, tir d6 phat
trién kha nang tu duy logic va sang tao. Chling em hy vong rang du an nay sé gilp cac
em hoc sinh khong chi yéu thich mon toan hon ma con nhan ra gid tri thyc tién cua toan
hoc trong cudc séng hang ngay.

DU rat ¢ gang nhung trong qua trinh bién soan khong tranh dugc nhitng sai sot,
nhém chdng em rit mong nhan dwoc su gop ¥ cua quy thay cd, ciing véi cac ban gido
sinh dang cong tac tai trudng dé cho chiing em c6 co hoi hoc hoi va hoan thién dy an
lan nay.
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PHAN NOI DUNG
Chu dé 1. MENH PE VA TAP HQP
1. CAc kién thic can nim

% Khai niém: Moi ménh de€ phai ding hodc sai. Moi ménh d¢ khong thé vira
ding, vura sai.

< Ménh dé kéo theo
Ménh dé “Néu P thi Q” duoc goi 1a ménh dé kéo theo, va ki hiéula P = Q.
Ménh d&& P = Q con duoc phat biéu 1 “P kéo theo Q™ hodc “Tir P suy ra Q”.
Ménh d&& P = Q chi sai khi P dting va Q sai.

< Ménh dé twong duwong
Ménh dé Q = P duoc goi la ménh dé dao ctaménh &P = Q
Ménh dé dao ctia mot ménh dé dung khong nhat thiét 1a dang.

Néu ca hai ménh @ P = Q va Q = P déu ding ta n6i P va Q 1a hai ménh dé
tuong duwong. Khi d6 ta ¢6 ki hiéu P < Q va doc 1a twong duwong, hoic 1a diéu kién
can va, hodc khi va chi khi.

s Tdp hop

* Tap hop: 1la mgt khai niém co ban cia toan hoc, khong dinh nghia.
% Tdp hop con — Tép hop bang nhau

A& B (‘v’XeA:>XeB)

Céc tinh chat:

+ AcAVA+ZJAVA+AecB,BcC=AcB

* A=Bo(AcBvaBc A) < (VX xe A xeB)
% Mot s6 tdp con cua tap hop 50 thure

Khoang



(a;b)={xeR|a<x<b}

(a;+0)={xeR|a<Xx}

(—oo;b) ={xeR|x<b}
Doan

[a;b]={xeR|a<x<b}
Nira khoang

s Cac phep toan tap hop
* Giao clia hai tip hop: ANB < {x|xe A xeB}
 Hop cuia hai tap hop: AUB < {X| X € A hoiac x € B}
« Hi¢u cua hai tip hop: A\B < {x|xe A va xe B}
Phan bu: Cho B\ A thi C,B=A\B.

2. Cac bai toan thuec té

Bai toan thuc té 1

( P& cwong on tap hoc ki | mdn Toan, 2024-2025, trwong THPT Hoang Vin
Thu, Ha Noi): Trong sé 50 hoc sinh cia 16p 10A1 ¢6 25 ban hoc sinh giéi mon toan,
20 ban hoc sinh gioi moén van, 15 ban vira la hoc sinh gioi toan, vira la hoc sinh gioi
moén Van. Hoi 16p 10A1 ¢6 bao nhiéu hoc sinh chua la hoc sinh giéi mon Toan va chua
14 hoc sinh gioi moén van?

Loi gidi

A={ hoc sinh gidi toan } =|A|=25

B={ hoc sinh gidi van } =|B|=20

S6 hoc sinh gidi ca toan va van: |AnB|=15.

Ta co: |AUB|=|A/+|B|-|AnB|=30.

Khi d6, s6 hoc sinh chua gioi toan, cling chua gioi van 1a :

50—|AUB|=50-30=20 hoc sinh.



Bai toan thuc té 2

( Pé cwong 6n tap hoc ki | mén Toan, 2024-2025, trweong THPT Hoang Vin
Thu, Ha Néi): Diém trung binh thi hoc ky | mén Toan cua mét nhém hoc sinh 16p 10
la 8,1. Biét rang tong diém mén toan caa nhom nay 1a 72,9. Tim sb hoc sinh caa nhom.

Loi gidi

Gia st nhdm c6 n hoc sinh va sb diém ciia cac hoc sinh 1a x,%,,..., X,

Ta co:

+ Tong diém: x,%,..x, = 72,9

+ Diém trung binh; Xu X%\ _g 4

n
Suyra: n= 729 _ 9 hoc sinh.
8,1

Bai toan thuc té 3

( Pé cwong 6n tap hoc ki | mén Toan, 2024-2025, trwong THPT Hoang Vin
Thu, Ha Néi): Bang sau cho biét dan sé cuaa cac tinh/thanh phé Bong bang Bic Bo ndm

2018 (don vi tri¢u nguoi)

Hung Yén 1,19
Thai Binh 1,79

Ha Nam 0,81
Nam Dinh 1,85
Ninh Binh 0,97

Ha Noi 7,52
Vinh Phuc 1,09
Béc Ninh 1,25
Quéng Ninh 1,27
Hai Duong 1,81
Hai Phong 2,01

a) Tim s6 trung binh, trung vi caa mau sé liéu trén.
b) Giai thich tai sao s6 trung binh va trung vi c6 su sai khac nhiéu?
‘ c),Nén st dung trung binh hay trung vi dé dai dién cho dan sé cua cac tinh Bong
bang Bac B§?
Loi gidi
a)
S6 trung binh



_71.52+1.09+1.25+1.27+1.81+2.01+1.19+1.79+0.81+1.85+0.97
11

Trung vi: Sap xép lai mau sé liéu theo chiéu ting dan cua dan sb

081 097 1.09 119 125 1.27 1.79 1.81 1.85 2.01 7.52

C6 tat ca 11 tinh thanh nén trung vi la 1.27

b) S6 trung binh va trung vi c6 su sai khac nhiéu vi ,mﬁu dir liéu trén phan phdi
Iéch ( dan so tap trung dong ¢ Ha Noi va Hai Phong) nén so6 trung binh gan phai , trong
khi d6 trung vi la gia tri ¢ gitta nén it bi anh huong.

¢) Nén sir dung trung vi dé dai dién cho dan sé cac tinh Bdng bang Béic Bo.

=1.96

Bai toan thuc té 4

( P& cwong 6n tap hoc ki | mon Toan, 2024-2025, trweong THPT Hoang Vin
Thu, Ha Ngi): Mot qua bong duoc ném vao khong trung cd chiéu cao tinh tir IGc bét
dau ném ra duoc cho bai cong thic h(t) =—t? + 2t + 3 (tinh bang mét), t1a thai gian tinh
bang gidy (t>0).

a. Tinh chiéu cao I6n nhéat qua bong dat dugc.

b. Hay tinh xem sau bao lau qua bong sé roi xudng mat dat?

Loi gidi

a) Taco: h(t)=-2t+2=0<t=1
Khi d6 t=0 thi h(0)=3
t=1thi h(1)=4
Vay chiéu cao 16n nhat qua bong dat duoc 1a 4msau 1s
b)  Khi qua bong roi xudng dat thi chiéu cao bang 0, nghia la:
h(t) =0 < —t2 +2t+3=0<:{t =3
t =-1(I)
t=—1(I)vi t=0
Vay sau 3s thi qua bong roi xudng dt.
Bai toan thuc té 5
( P& cwong 6n tap hoc ki | mon Toan, 2024-2025, trwong THPT Hoang Vin
Thy, Ha N§i): Hang ngay An phai di do qua mét con song thang chay vé huéng Dong
dén truong. Muon sang dugc bén do doi diénqc”y bc‘r~Béc , bac lai df) di chuyén chéch mét
goc so véi phuong vudng goc véi bo. Khi bieu dien trén mat phang toa do Oxy thi van
téc cia do so voi dong nude 1a v, =—3i+5] van toc thuc cta do so véi bo v, =5j ( don
vi m/s).
a) Hay biéu dién v,,v, trén mat phang toa d¢ Oxy .
b) Tinh téc d6 cua dong nudc so véi bd ( tie 1a d6 16n van téc cua
dong nudc voi bo).



Lai gidi

b) Goi v la vector van tdc ctua dong nudc so véi bd ta co:
V, =V, V=V =V —v =3

Suy ra téc do ciia dong nudc so voi bo 1a: v=3m/s

Bai toan thuec té 6

Lop 10B ¢6 28 hoc sinh tham gia cau lac b thé thao va 19 hoc sinh tham gia cau
lac bd &m nhac. Biét rang cd 10 hoc sinh tham gia ca hai cau lac b trén. C6 bao nhiéu
hoc sinh tham gia cau lac bo thé thao va khong tham gia cau lac bo &m nhac?

a) C6 bao nhiéu hoc sinh tham gia it nhat mot trong hai cau lac bo trén?

b) Biét 16p 10B c6 40 hoc sinh. C6 bao nhiéu hoc sinh khéng tham gia cau lac b
thé thao? C6 bao nhiéu hoc sinh khong tham gia ca hai cau lac bo?

Loi gidi
A B
\ 7
\
E
Hinh 1

Ki hiéu A 1a tap hop hoc sinh tham gia cau lac b thé thao, B 1a tap hop hoc sinh
tham gia cau lac bo &m nhac, E 14 tap hop hoc sinh cua 16p 10 B . Ta c6 thé biéu dién
ba tap hop trén bang biéu dd Ven (Hinh 1).

a) Khi 6, AN B 1atap hop hoc sinh tham gia ca hai cau lac bo trén. Sb phan tir
cia A 1228, sb

phan tir cia B 1a 19, sb phan ti cua tap hop ANB 14 10.

Tap hop cac hoc sinh tham gia cau lac bo thé thao va khdng tham gia cau lac bo
am nhac la



tap hop A\ B . S6 phan tir cia A\ B chinh 1a sé phan tir ciia A trir di s6 phan tu
cia AnB.

Vay sb hoc sinh tham gia cau lac b thé thao va khong tham gia cau lac bo am
nhac 1a:28—10=18 (hoc sinh).

b) Tap hop cac hoc sinh tham gia it nhit mot trong hai cau lac b trén chinh Ia tap
hop AUB.

Do khi dém sé hoc sinh tham gia cau lac bo thé thao 1a 28, sb hoc sinh tham gia
cau lac bd am nhac 1a 19 thi sb hoc sinh tham gia ca hai cau lac b 1a 10 dugc tinh hai
lan.

Vay sb hoc sinh tham gia it nhat mot trong hai cau lac bo trén la: 28+19—-10=37
(hoc sinh).

c) S6 phan t cia E 1a 40. Tap hop cac hoc sinh khdng tham gia cau lac bo thé
thao 1a phan bl cua A trong E . Vay s6 hoc sinh khong tham gia cau lac bo thé thao 1a:
(hoc sinh).

Tap hop céc hoc sinh khdng tham gia ca hai cau lac bo 1a phan bo AU B cua E.

Vay s6 hoc sinh khong tham gia ca hai cau lac bo 1a: 40—37 =3 (hoc sinh).

Bai toan thuec té 7

Trong Ki thi chon hoc sinh gioi cac mon van hoa, 16p 10 A ¢6 7 hoc sinh dang ki
thi mén Toan, 5 hoc sinh dang ki thi mén Vat li, 6 hoc sinh dang ki thi mén Hoa hoc;
trong d6 ¢o 3 hoc sinh dang ki thi ca Toan va Vat li, 4 hoc sinh dang ki thi ca Toan va
Hoa hoc, 2 hoc sinh dang ki thi ca Vat li va Hod hoc, 1 hoc sinh dang ki thi ca ba mon.
Hoi 16p 10A c6 tat ca bao nhiéu hoc sinh ding ki thi hoc sinh gioi cac mdn Toan, Vat
li, Hoa hoc?

Loi gidi

Goi T la tap hgp cac hoc sinh dang ki thi mén Toan, L la tap hgp cac hoc sinh
dang ki thi mén Vat 1i, H 14 tap hop cac hoc sinh ding ki thi mon Hod hoc. Biéu dién
ca ba tap hop bang biéu d6 Ven (Hinh 4).

Hinh 4
Dua va0 biéu dd Ven, ta ¢ s6 hoc sinh chi dang ki thi mén Toan 1a: 7—3—-4+1=1

S6 hoc sinh chi dang ki thi mén Vat Ii la: 5-3—-2+1=1.
S6 hoc sinh ding ki thi mén Toan va Vat 1i ma khong dang ki thi mon Hoa hoc 1a:
3-1=2.



Vay tong sb hoc sinh I6p 10A dang ki thi ba mén trén 1a: 1+1+2+6 =10 (hoc
sinh).

Bai toan thuc té 8

M6t cudc khao sat vé khach du lich tham vinh Ha Long cho thay trong 1410

khach du lich dugc phong van c6 789 khach du lich dén tham dong Thién Cung, 690
khach du lich dén dao Titop. Toan bd khach dugc phong van da dén it nhat mot trong
hai dia diém trén. Hoi c6 bao nhiéu khach du lich vira dén thim dong Thién Cung vira
dén tham dao Titop ¢ vinh Ha Long?

Loi giai

Goi A la t@p hop cac khach du lich dén tham dong Thién Cung, B 1a tap hop céc
khach du lich dén dao Titop.

=n(A)=789; n(B)=690; n(AUB)=1410
Biéu do Ven

Tong sé khéach du lich = S khach dén dong Thién Cung + S6 khéach dén dao Titop
- S6 khach du lich dén ca hai dia diém.
Hay:
n(AuB)=n(A)+n(B)-n(AnB)
©1410=789+690-n(ANB)
<n(ANB)=69
Vay ¢6 69 khach du lich vira dén tham dong Thién cung vira dén tham dao Titop
¢ vinh Ha Long.
Bai toan thuc té 9
Trong s6 35 hoc sinh cua Iép 10H, ¢6 20 hoc sinh thich mén Toan, 16 hoc sinh
thich mén Tiéng Anh va 12 hoc sinh thich ca hai mén nay. Hoi 16p 10H:
C6 bao nhiéu hoc sinh thich it nhat mét trong hai mén Toén va Tiéng Anh?
C6 bao nhiéu hoc sinh khong thich ca hai mon nay?
Loi gidi
Goi A, B lan luot 1a tap hop cac hoc sinh thich mén Toan va Tiéng Anh, X 1a tap
hop hoc sinh 16p 10H.
Theo gia thiét:



n(A)=20; n(B)=16; n(AuB)=12, n(X)=35

a) Nhan thay rang, néu tinh tong n( A)+n(B) thi ta duoc s6 hoc sinh thich it nhat
mot trong hai mén Toéan va Tiéng Anh, nhung sé hoc sinh thich ca hai mén Toan va
Tiéng Anh dugc tinh hai lan. Do d6, s6 hoc sinh thich it nhat mot trong hai mén Toan
va Tiéng Anh Ia;

n(AuB)=n(A)+n(B)-n(ANB)=20+16-12=24

b) Trong s6 35 hoc sinh 16p 10H, c6 24 hoc sinh thich it nhat mét trong hai mon
Toan va Tiéng Anh, con lai sé hoc sinh khong thich ca hai mon nay la: 35+24 =11
(hoc sinh).

Bai toan thgc té 10

Ki hiéu E 14 tap hop cac qubc gia tai khu viec Dong Nam A

a) Néu it nhét hai phan tu thuoc tap hop E.

b) Néu it nhat hai phan tir kndng thuoc tap hop E .

c) Liét ké cac phan tir thudc tap hop E. Tap hop E c6 bao nhiéu phan tir?

Loi gidi

a) VietNam € E ; ThaiLan €E ; Lao € E.

b) Nhat Ban ¢ E ; Han Quéc ¢ E.

c) E ={Viét Nam; Lao; Campuchia; Thai Lan; Myanmar; Malaysia; Singapore;
Indonesia; Brunei; Philippines; Pong Timor}

C6 11 nuéc thudc khu vuc Dong Nam A. Hay tap hop E c6 11 phan tir
(n(E)=11).
Bai toan thac té 11
Lép 10 C c6 45 hoc sinh, trong d6 ¢6 18 hoc sinh tham gia cudc thi vé db hoa
trén may tinh, 24 hoc sinh tham gia cudc thi tin hoc van phong cap truong va 9 hoc sinh
khong tham gia ca hai cugc thi nay. Hoi co bao nhiéu hoc sinh cua lop 10C tham gia
dong thoi hai cudc thi?



Lai gidi

Goi X la tap hop cac hoc sinh cua l6p 10C

A 1a tap hop céc hoc sinh tham gia cudc thi v& d6 hoa trén may tinh,

B 1a tap hop céc hoc sinh tham gia cudc thi tin hoc vin phong cap truong.

Theo bicu dd Ven ta c6: n(A)=18, n(B) =24, n(X)=45, n(AUB) la sé hoc
sinh tham gia it nhat mét trong hai cudc thi, bang: 45—9 =36 (hoc sinh)

Ma n(AuB)=n(A)+n(B)—n(AnB) (do cac hoc sinh tham gia ca 2 cugc thi
duoc tinh hai 1an)

Suy ra s hoc sinh tham gia ca 2 cudc thi la:

n(ANB)=18+24-36=6

Vay ¢6 6 hoc sinh caa 16p 10 C tham gia dong thoi hai cudc thi

Chii dé 2. BAT PHUONG TRINH VA HE BAT PHUONG TRINH
BAC NHAT HAI AN

1. Céc kién thirc can nam
% Bat phuong trinh bdc nhat hai an x,y , ¢6 dang tong quét 1a:
ax+by<c(1)
(ax+by <c,ax+by >c,ax+by >c)
Trong d6 a,b,cla céc s thuc di cho, a va b khong ddng thoi bang 0, x vay 1a cac
an sb.
< Biéu dién tap nghiém cua bdt phuwong trinh bac nhat hai dan:
Trong mit phang toa do Oxy, tap hop cac diém co toa do 1a nghiém cua bat phuwong
trinh (1) dugc goi 1a mién nghiém caa no.
% Hé bdt phwong trinh bdc nhdt hai dan
Hé bat phuong trinh bac nhat hai an gdm mot sb bt phuong trinh bac nhat hai
an x,y ma ta phai di tim nghiém chung cta chdng. Mdi nghiém chung d6 dugc goi
la nghiém cua hé bit phuong trinh da cho.
Ciing gidng nhu bit phuong trinh bac nhat hai an, ta c6 thé biéu dién hinh hoc
tap nghiém cua hé bat phuong trinh bac nhat hai an.



2. Céc bai toan thuec té
Bai toan thuc té 12
[ Bé Dy Bi THPT Qudc Gia Niam 2015 ]

Trong mot cudc thi pha ché, mdi doi choi dugc sir dung tdi da 24 g huong liéu, 9
lit nuwdc va 210 g duong dé pha ché nudc cam va nudce tao. Dé pha ché 1 lit nuéc cam
can 30 g duong, 1 lit nuéc va 1 g huong liéu; pha ché 1 lit nudc tao can 10 g duong, 1
lit nude va 4 g huong liéu. Mdi lit nude cam nhan duoc 60 diém thuéng, mbi lit nudc
t40 nhan dugc 80 diém thudng. Hoi can pha ché bao nhiéu lit nuéc trai cdy mdi loai dé
duoc sé diém thuong 12 16n nhat?

Léi gidi

Goi X, y lan luot 12 s6 lit nwdc cam va tao caa mdi doi pha ché (x,y >0). Khi d6
s6 diém thuong nhan duoc cia mdi doi choi 1a F = 60x +80y.

Pé pha ché x lit nwéc cam can 30xg duong, x lit nwdc va x(g) huong licu. Bé
pha ché y lit nuéc cam can 10yg duong, y lit nuwéc va 4y(g) huong lidu.

Do do, ta co:

S6 gam duong can dung 1a: 30x +10y

S6 lit nuwéc can dung 1a: x+y

S6 gam huong liéu can dung 1a: x +4y.

Vi trong cudc thi pha ché, mdi doi choi sir dung téi da 24 g huong liéu, 9 lit nudc
va 210 g dudong nén x, y théa man hé bat phuong trinh:
30x+10y<210  [3x+y<21

+y<9 +y=
X+y e dXTY 9
x+4y<24 x+4y<24
x,y=0 x,y=0

*)

Khi d6 bai toan trd thanh :

Trong céac nghiém cta hé bat phuong trinh (*), tim nghiém (x =Xx,y= yo) sao
cho F=60x+80y lén nhat.

Trong mat phang toa do, ta s& biéu dién phan mat phang chira diém M(x,y) thoa

man (*). Khi d6 mién nghiém cua hé bat phwong trinh (*) 1a ngii giac OABCD ké ca
mién trong ciia tam giac ( nhu hinh v&) .



Biéu thirc F=60x+80y dat gia tri Ion nhét tai mot trong cac dinh cua ngil giac
OABCD.

Tai cac dinh 0(0;0),A(7;0), B(6;3),C(4;5),D(0;6). Tathay F dat gié tri I6n nhat
tal x=4,y=5.

Khi d6 F =60.4+80.5=640.

Vay can pha ché 4 lit nudc cam va 5 1it nudc téo thi s6 diém thuong 16n nhat 1a
640 .

Bai toan thac té 13
[Cau 2 Chuyén dé bai toan thuc té]

Mot phéan xudng ¢6 hai may dac chang M, M, san suat hai loai san pham ky hi¢u
1a 1 va I1. Mét tan san pham loai | 13i 2 triéu dong, mot tan san pham loai 11 13i 1,6 triéu
dong. Mudn san suat mot tan san pham loai | phai dung may M, trong 3 gio va may
M, trong 1 gi&. Mudn san suat mot tan san pham loai 11 phai ding may M, trong 1 gi¢
va may M, trong 1 gio. Mot may khong thé dung d¢ san suat dong thoi hai san pham
trén. May M, lam viéc khong qua 6 gio trong mét ngay, may M, mot ngay chi lam viéc
khong qua 4 gio. Hay dat ké khoach san suat sao cho tong sé tién 1ai la 16n nhat?

Loi gidi

Goi X, y lan luot 1a 56 tan san pham loai | , loai 11 san suat trong mot ngay (x,y > 0)
. Khi d6 sé tién 18i mot ngay 14 L =2x+1,6y (triéu ddng) va sé gid 1am viéc caa mdi
ngay cuiamay M, la 3x+y vamay M, la x+y.



Vi mdi ngay may M, lam viéc khdng qua 6 gio va may M, lam viéc khong qua 4
gid nén x, y théa mén hé bat phuong trinh :
3x+y<6
x+y<4 (%)
x,y=>0
Khi d6 bai toan tr¢ thanh:
Trong cac nghiém cua h¢ bat phuong trinh (*), tim nghiém (x =x,,y =y,) sao
cho L =2x+16y 16n nhat,
Trong mit phang toa d9, ta s& biéu dién phan mat phang chira diém M(x,y) thoa
man (*). Khi &6 mién nghiém cua hé bat phuong trinh (*) 14 tir giac OABC ké ca mién

trong cua ti giac ( nhu hinh v&) . Biéu thuc L=2x+1,6 y dat gia tri I6n nhat tai mot trong
cac dinh cua tr giac OABC.

\

N

NN
N \

Tai cac dinh : 0(0;0), A(0;4), B(1;3),C(2:0) . Ta thy

L datgiatrilénnhattai x=1,y=3.Khido L=2.1+1,6.3=6,8.

Viy dé co |3i suat cao nhat, mdi ngay can san suat 1 tan san pham loai 7, va 3 tan
san pham loai I1.

Bai toan thuec té 14

[ SGK Paqi s6 & Gidi tich 10 nang cao]

Mot gia dinh can it nhat 900 g chat protein va 400 g chat lipit trong thirc n mdi
ngay. Biét rang thit bo chira 80% protein va 20% lipit. Thit lon chira 60% protein va
40% lipit. Biét rang gia dinh nay chi mua nhiéu nhat 1a 1600 g thit bo va 1100 g thit
lon, gia tién 1 kg thit bo 1a 45 nghin dong, 1 kg thit lon 12 35 nghin dong. Hoi gia dinh
d6 phai muA Bao nhiéu kg thit mdi loai dé chi phi it nhat?



Loi gidi

Gia st gia dinh d6 mua x(kg) thit bo va y (kg ) thit Ion (x,y >0). Khi d6 chi
phi mua x(kg) thit bdo va y(kg) thit lon Ia 7 = 45x+35y (nghin dong).

Theo gia thuyét, x va y théa ma dieu kién x<1,6;y<1,1.

Khi d6 lugng protéin co dugc la 80%x +60%y va lugng lipit co dugc la
20%:x +40%y .

Vi gia dinh d6 can it nhat 0,9kg chat protéin va 0,4kg chat lipit trong thirc an
mdi ngay nén diéu kién turong ung 1a 80%x +60%y > 0,9 va 20%x +40%y > 0,4 hay

4x+3y>4,5va x+2y>2.
N\

\\ e

N
0<x<16
A e iz ha hE . 0<y<Ll
Vay x, y thoa mén h¢ bat phuong trinh: <
4x+3y>4,5
xX+2y>2

Khi d6 bai toan tr¢ thanh :

Trong cac nghiém cua h¢ bat phuong trinh (*), tim nghiém (x=x,y=y,) sao
cho T'=45x+35y nho nhat.

Trong mit phang toa do, ta s& biéu didn phan mat phiang chira diém M(x,y) thoa
man (*). Mién nghiém cua hé (*) la mién bén trong cua tir giac 16i ABCD va ca bién (
nhu hinh v€). T dat gia tri nho nhat tai mot trong cac dinh cua ta giac ABCD.

Ta co:

A(1,6;1,1),B(1,6;0,2),C(0,6;0,7),D(0,3;1)
Kiém tra duoc x =0,6;y=0,7 thi T =515 (nghin dong) 1a nhé nhét.



Vay gia dinh d6 mua 0,6kg thit bd va 0,7kg thit lon thi chi phi Ia it nhat. Cy thé
la phai chi phi 51,5 nghin dong.

Bai toan thuc té 15

[Dé du Bi THPT Quéc Gia ndm 2015 ]

Nguoi ta du dinh dung hai loai nguyén liéu dé chiét xuét it nhit 140kg chat A va
9kg chat B. Tir mdi tin nguyén liéu loai | gia 4 triéu dong, c6 thé chiét xuat dugc 20kg
chat A va 0,6kg chat B. Tir mdi tin nguyén liu loai |1 gia 3 triéu ddng, cd thé chiét xuat
duoc 10kg chat A va 1,5kg chat B. Hoi phai ding bao nhiéu tan nguyén liéu mdi loai
dé chi phi mua nguyén liéu Ia it nhat, biét ring co s& cung cap nguyén liéu chi co thé
cung cap khong qua 10 tan nguyén liéu loai | va khdng qua 9 tan nguyén liéu loai II.

Loi giai
Goi xtan nguyén lieu loai I, ytan nguyén liéu loai 1l (x,y>0). Khi d¢6 tong so
tién mua nguyeén liéu 13 T =4x+3y (dong)
Vi mdi tan nguyén liéu loai | c6 thé chiét xuat duoc 20kg chat A va 0,6kg chat B,
mdi tan nguyén ligu loai Il co thé chiét xuat duoc 10kg loai A va 1,5kg loai B nén x,y
tan nguyén liéu loai 1 va 1l c6 thé chiét xuat duoc 20x+10y kg chat A va 0,6x+1,5y kg
chat B.
Khi d6 theo gia thuyét ta co:
0<x<9 0<x<9
0<y<10 0<y<10
20x+10y>140 " | 2x+1y >14
0,6x+1,5y>9 2X+5y>30
Vay bai toan tr¢ thanh:
Trong cac nghiém cua hé phuong trinh (*), tim nghiém (x=x,,y=Yy,) sao cho
T =4x+3y nho nhat
Trong phuong trinh mit phang toa do, ta biéu dién phan mat phang chta diém
M (x,y) thoa man (*). Khi do mién nghiém cua hé bt phuong trinh (*) 14 t gidc ABCD
ké ca mién trong cua tir giac (nhu hinh v&). Biéu thuc T =4x+3y dat gia tri nho nhat
tai mot trong cac dinh cua tor giac ABCD.

10
D C

a8




Tai cac dinh:
A(5;4),B(10;2),C(10;9), D(%;Q). Ta thiy T dat gid tri 16n nhét tai x=5,y =4

Khid6 T =45+3.4=32
Vay dé chi phi nho nhat, can st dung 5 tan nguyén liéu loai | va 4 tin nguyén liéu
loai II. Khi d6, tong chi phi la 32 triéu dong.

Bai toan thuc té 16

[Dé duw Bi THPT Quéc Gia nam 2015]

Mot ho néng dan dinh trong dau va ca trén dién tich 8a. Néu trong dau thi can 20
cong va thu 3000000 ddng trén mdi dién tich a, néu trong ca thi can 30 cdng va thu
4000000 dong trén mai dién tich a. Hoi can trdng madi loai cay trén mdi dién tich bao
nhiéu dé thu dugc nhiéu tién nhat khi tong sé céng khéng qua 180?

Loi gidi

Goi x ladién tich trong dau, y la dién tich trong ca, (don vi a=100m?), diéu kién
x>0,y>0,taco x+y<8.

S6 cbng can dung 1a 20x+30y <180hay 2x+3y <18

S tién thu dugc 12 F =3000000x +4000000y (dong) hay F =3x-+4y (triéu dong)

Tacan tim x,y théa man hé bat phuong trinh
X+y<8
2x+3y <18
x>0
y>0

Sao cho F =3x+4y dat gia tri Ion nhit.

Bicu dién tap nghiém cua (H) ta dugc mién t& gidc OABC Vdi
A(0;6),B(6;2),C(8;0),0(0;0).

Xét gia tri cua F tai cac dinh O, A, B,Cvaso sanhtasuy ra x=6,y =2 (toa do diém
B) la dién tich can trong mdi loai dé thu duoc nhiéu tién nhat 13 F =26 (triéu dong).




Vay ta can 600m?dién tich trong dau, 200m? dién tich trong ca, thu hoach dugc
26000000 (dong)

Bai toan thuc té 17

[SGK Pai s6 & Gidi tich 10 nang cao]

Mot nha khoa hoc nghién ciu vé tac dong phdi hop cua vitamin A va vitamin B
dbi voi co thé con ngudi. Két qua nhu sau: Mot ngudi mdi ngay c6 thé tiép nhan duoc
khong qua 600 don vi vitamin A va khong qua 500 don vi vitamin B. Mot ngudi moi
ngay can tir 400 dén 1000 don vi vitamin ca A 1an B. Do tac dong phdi hop cua hai loai

vitamin, mdi ngay, s6 don vi vitamin B khong it hon %sé don vi vitamin A nhung

khdng nhiéu hon ba 1an s don vi vitamin A. Gié cua 1 don vi vitamin A 1a 9 ddng, gia
1 don vi vitamin B 13 7,5 dong. Tim phuong an dung 2 loai vitamin A va B thoa man
cac diéu kién trén dé sb tién phai tra 12 it nhat.
Loi giai

Goi x,ylan lugt 1a s6 don vi vitamin A va B diing mi ngay (x,y >0).

Vi gi4 cta 1 don vi vitamin A 1a 9 dong, gia 1 don vi vitamin B 13 7,5 dong nén
s6 tién can phai tra la C =9x+7,5y.
0<x<600
0<y<500
Theo gia thuyét ta co: < 400 < x+ y <1000(*)

%x <y<3X

Khi d6 bai toan tr¢ thanh:

Trong céac nghiém cua hé bat phuong trinh (*), tim nghiém (x=x,,y =y, )sao cho
C =9x+7,5nho nhat,

Trong mit phang toa do, ta s& biéu dién phan mat phang chira diém M (x,y)thda
man (*).Khi d6 mién nghiém cta hé bat phuong trinh (*) 1a ngii giac ABCDEF ké ca

mién  trong cia tr giac nhung bo di  canh  BC  Véi
A(100;300), B(%;“—gf’j ,C (600;300), D(600;400), E (500;500), F (5%0;500). Biéu thuc
C =9x+7,5y dat gié tri nho nhit tai mot trong cac dinh A,D,E,F cua ngii giac ABCD.

Khi d6, ta thdy C dat gid tri Ion nhat x=100,y=300. Khi d6
C =9.100+7,5.300 = 3150.

Vay phuong 4n tét nhat 1a dung 100 don vi vitamin A va 300 don vi B. Chi phi
mdi ngay 1a 3150 dong.

Bai toan thyc té 18

[ Chuyén dé bai toan thyc té cau 10]



Mot xudng san sut hai loai san pham, mdi kg san pham loai | can 2kg nguyén
licu va 30 gio, dem lai mac 161 40000 dong. Mdi kg san pham loai 11 can 4 kg nguyén
lieu va 15 gio, dem lai muc loi 30000 dong. Xudong c6 200kg nguyén liéu va 1200 gio
lam viéc. Nén san suat mdi loai san phim bao nhiéu dé murc 16i 16n nhat.

Loi gidi
Goi x,y lan luot 1256 Kgsan pham loai 1 va Il (x,y=0).
Khi d6 tong s tién lai cia x Kg san pham loai 1 va y Kg san pham loai 11 1a:
L = 40000x + 30000y
2X+4y <200
Theo gia thiét ta cd: {30x+15y <1200(*)
X,y=>0
Khi d6 bai ton: tim nghiém cua (*)dé L =40000x+30000y I6n nhat.

Bicu dién diém M (x, y)théa (*) trong mit phang toa do Oxy.

Y
\

50

0 40 1&\

2o + 4y = 200

30z + 15y = 1200
Mién (*)1a mién trong tir gidc OABC va cd bién ( nhu hinh).L dat gi tri Ion nhét
tai 1 trong cac dinh.
Taco: O(00) A(40,0) B(2040) C (0,50)
Kiém tra: x =20,y =40thi L=2000000 d6ng la I6n nhat.
~ Vaynén sin xuat 20kg san pham loai | va 40Kg san pham loai IT d&& muc 13 Ién
nhat.

Bai toan thgc té 19

[ Chuyén dé bai toan thyec té cau 11 ]

Mot co s& san suat du dinh san suét ra hai loai san pham A va B. Cac san pham
nay duoc ché tao ra tir ba loai nguyén lidu 1, 11 va I11. S6 luong don vi du trix cua ting



loai nguyén liéu va sb lugng don vi ting loai nguyén liéu can dé san xuat ra mot don vi
san pham moi loai duoc cho tuong tng bang sau:

Loai nguyén Nguyén li¢u S6 don vi nguyén liéu can ding
liéu du cho viéc san suit mot don vi san phém

trir A B

I 18 2 3

11 30 5 4

111 25 1 6

MJdi don vi san pham loai A 14i 3 nim nghin ddng, mot don vi san pham B 14i 2
trim nghin déng. Hay 1ap phuong an dé viéc san suét hai san pham trén c6 1ai 16n nhat.
Loi gidi
Goi s6 don vi san pham loai A,B lan luot 13 x,y(x,y>0)

Khi d6 tong l4i cia x don vi san pham loai A va ydon vi san pham loai B 1a:
L =3x+2y tram nghin dong.

2x+3y <18

. |x+4y<30
Theo gia thiét, taco: |~ (*)
X+6y<25

X,y>0
Bai toan: Tim M (x,y) thoa (*)dé L =3x+2y I6n nhat.
Bicu dién phan mat phang chira M (x,y) thoa (*) trong Oxy:

5+ 4y =30 Y

Mién (*) 1a mién trong tir gidc OABC va cd bién ( nhu hinh). L dat gia tri Ion nhét
tai 1 trong cac dinh.

Taco: 0O(0;0) A(6.0) 5(4—0;9—5j c(o&).
73 26 6
Suyra x=6 y=0 thi L=18trim nghin dong la Ion nhit.
Vay phuong 4n san xuit dé I14i 16n nhat Ia:
6 don vi san pham loai A
0 don vi san pham loai B.



Bai toan thuc té 20

[SGK Bai s6 & Gidi tich 10]

C6 3 nhém may A, B, C dung dé san suat ra hai loai san pham | va II. Dé san sut
ra mot don vi san pham mai loai phai lan luot dung cac may thudc cac nhoém khac nhau.
S6 may trong mot nhdm va s may cua ting nhém can thiét dé san suét ra mot don vi
san pham thudc mdi loai duoc cho tuong tng bang sau:

S6  may S6 may trong tirng nhém dé san suat
Nhom  ftrong mdi nhdmira mot don vi san pham

Loai | Loai Il
10 2 2
4 0 2
C 12 2 4

Mdi don vi san pham loai | 13i 3 nghin dong, mot don vi san pham loai 11 14i 5
nghin ddng. Hay lap phuong an dé viéc san suat hai san pham trén c6 i cao nhat.
Loi giai
Goi X, y 1an luot 12 s6 don vi san pham thugc loai 1 va Il (x,y >0) Khi dé tong s6
tién I4i cua x don vi san pham loai | vay don vi san pham loai 11 12 L = 3000x +5000y.
Theo gia thuyét, ta co:
2X+2y <10 X+y<5
2y <4 y<2
2x+4y£12<:> X+2y<6
X,y=>0 X,y=>0

(*)

- re— —\ \\.
Khi do6 bai toan tro thanh : \\ |
Trong cé&c nghiém ciia hé bat phuong trinh \
(*), tim nghiém (x=X,,y=Y,) sao cho 0 W
L =3000x + 5000y I6n nhat. ' \
Trong mit phang toa do, ta s& biéu dién
phan mgt phang chia diém M (x,y) théa mén

(*). Mién nghiém cua hé (*) 1a mién bén trong cua ngii gi4c 16i OABCD va ca bién (nhu
hinh v&). L dat gi4 tri 16n nhat tai mot trong cac dinh cua ngii giac OABCD.

Ta ¢6 O(0;0),A(5,0),B(4;1),C(2;2),D(0;2). Kiém tra dugc x=4;y=1 thi
L =17000 dong 1a I6n nhat.

Vay ké hoach tét nhat 13 san suat 4 don vi san pham loai 1 va 1 don vi san pham
loai 11 thi tong s6 tién 1oi 12 16n nhat cu thé 1a 17000 dong.



Bai toan thuc té 21
Mot may cén thép cd thé san suét hai san pham thép tdm va thép cudn vai cong
suat cho mdi loai & (néu chi san xuat mot san pham): thép tim 1a 250 tan/gio, thép cuon
la 150 tan/gio. Loi nhuan ban san pham la: thép tam 1a 25 USD/tn, thép cudn la 30
USD/tan. Theo tiép thi, mot tuan chi tiéu thu duoc téi da 5000 tin thép tim va 3500 tin
thép cudn. Biét raing may lam viéc 40 gio mot tuan. Can san xuat mdi loai san pham bao
nhiéu trong mot tuan dé c6 loi nhuan cao nhat.
Loi gidi
Gol:
x 12 s6 tin thép san xuat trong mot tuan.
y 12 sb tan thép cudn san xuét trong mot tuan.
Cong suat san xuat:
Yy 2 <, . A ia A A i
——+—— <40 ( Tong giadi han thoi gian lam viéc khong vuot qué 40 gio
250 ' 150 ( gdg : g s gvuolq gio)
Chuyén d6i: 3x+5y < 30000
Gi6i han thi truong: x <5000, y < 3500
Loi nhuan can tdi da:
Z =25x+30y — max
Gia tri x, y thoa man diéu kién trén:
X 1 Y <40 6x+10y < 60000
250 150
Rut gon: 3x+5y <30000
X =5000, y = 3000
Z = 25(5000) +30(3000) =125000+ 90000 = 215000

Két luan: Bé loi nhuan cao nhat, cong ty nén san xuat 5000 tan thép va 3000 tan
thép cudn, dat loi nhuan 215000 USD.
Bai toan thurc té 22
Mot cdng ty dién tir san xuat hai kiéu radio trén hai day chuyén doc lap. Cong suat
cua day chuyén mat la 45 radio/ngay va day chuyén hai la 70 radio/ngay. Dé san xuat
maot chiée radio kiéu mot can 12 linh kién dién ti E, va mot chiéc radio kiéu hai can 9
linh kién nay. S linh kién nay duoc cung cap mdi ngay khdng qua 1000. Tién Iai khi
ban mot chiéc radio kiéu 1 12 250.000 (d6ng) va kiéu hai la 180.000 (ddng). Hay lap ké
hoach san xuét cho li nhiéu nhat trong ngay.
Loi gidi
Gol:
x 14 s radio kiéu 1 san xuat mdi ngay.
y 12 s6 radio kiéu 2 san xuat mdi ngay.
Cong suat san Xuat:



X <45,y <70 ( Tong gisi han thoi gian 1am viéc khong vuot qué 40 gio)
Gidi han linh kién: 12x+9y <1000
Loi nhuan can tdi da:
Z =250000x +180000y — max
Giai hé bat phuong trinh:
Bién dbi rang bugc linh kién:
12x+9y <1000
Thay x =45 vao diéu kién linh kién:
12(45) +9y <1000
540+9y <1000
9y <460
y <51
Thu x=45,y=51
Z = 250000(45)+180000(51) =11250000+ 9180000 = 20430000
q Két luan: Dé loi nhuan cao nhét, cdng ty nén san xuat 45 radio kiéu 1 va 51 radio
kiéu 2 mdi ngay, dat loi nhuan 20 triéu 430 nghin dong.
Bai toan thuc té 23
‘Anh An 12 nhan vién ban hang tai siéu thi dién may. Anh An kiém duoc mot khoan
hoa hong 600 nghin ddng cho mdi may giatvalz3 triéu‘déng cho mai ta lanh ma anh ay
ban dugc. Hoi dé nhan duoc tir 10 triéu dong trd 1€n tien hoa hong thi anh An can ban
bao nhiéu may giat va ta lanh?
Loi giai
Goi x vay lan luot 13 sb méy giat va tu lanh anh An méi ban duoc. Khi do s tién
ma anh An nhan duoc la (triéu dong). Theo d¢ bai, ta co:
0,6x+1,3y >10
Tiép theo ta xac dinh mién nghiém cua bat phuong trinh 0,6x+1,3y >10:
Budc 1: V& duong thang d :0,6x+1,3y =10 trén mat phang toa do Oxy.
Buéc 2: Lay diém O(0;0) khong thudc d va thay vao biéu thuc 0,6x+1,3y ta
duoc:
0,6x+1,3.0=0<10
Do do mién nghiém cua bat phwong trinh 1a nira mat phang bo d khdng chira goc
toa do (mien khdng bi t6 mau)



0|

Vay néu An ban duoc s6 may gidt 1a x(x e N) vaso ti lanh 1a y(y e N) sao cho

diém (x;y) nam trong nira mt phang bd d khong chira goc toa dé thi anh An nhén
duoc tir 10 triéu dong tro 18n tién hoa hong.

Bai toan thurc té 24

Ong An muén thué mot chiéc 6 t6 (cd 1ai xe) trong mot tuan. Gia thué xe dugc

cho nhu bang sau:

Phi ¢d dinh (nghin Phi tinh theo quing
dong/ngay) duong di chuyén (nghin
ddng/kilomét)
Tu tha Hai dén thir Sau 900 8
Thir Bay va Chu nhat 1500 10

Goi x vay lan luot 1a sb kilomét 6ng An di trong cac ngay tir thir Hai dén tha Sau
va trong hai ngay cudi tuan. Viét bat phuong trinh biéu thi mdi lién hé gitra X vay sao
cho tong sd tién 6ng An phai tra khdng qua 14 triéu dong. Biéu dién mién nghiém cua
bat phwong trinh & cau a trén mat phang toa do.
Loi gidi

a)

Ta c6 14 triéu = 14000 (nghin d6ng)
S6 tién 6ng An di x km trong cac ngay tir thir Hai dén thir Sau 1a 900.x +5.8x

(nghin dong).

S6 tién 6ng An di y km trong 2 ngay cudi tuan 1a 1500.2+10y (nghin dong)

S6 tién 6ng An di trong mot tuan 1a 7500 +8x +10y (nghin dong)

Vi s6 tién 6ng An di khong qué 14 triéu ddng nén ta co:
7500+ 8x+10y <14000 <= 4x+5y <3250




Vay bat phuong trinh can tim 1a: 4x+5y <3250

b)

Budc 1: V& duong thiang 4x+5y <3250 (nét
lidn)

Buéc 2: Thay toa do diém O(0;0) vao biéu thirc
4x +5Yy ta dugc: 4.0+5.0=0<3250

— Diém O thuéc mién nghiém 0

— Mién nghiém Ia nira mat phang bo 1a duong
thang 4x+5y = 3250 va chia goc toa do va (x;y) nam
trong mién tam giac OAB ké ca doan AB.

Bai toan thuc té 25

Cho biét 226 g thit bd chaa khoang 59 g protein. Mot qua tritng niang 46 g co
chira khoang 6 g protein (nguon: Bo Nong nghiép Hoa Ky). Gia str c6 mot ngudi moi
ngay can khong qua 60g protein. Goi sé gam thit bo va sé gam tring ma nguoi dé an
trong mot ngay lan luot 1a x, y .

Lap bat phuong trinh theo x,y dién ta gisi han vé luong protein ma nguoi d6 can
moi ngay.

Dung bat phuong trinh & cau a) dé tra 10i hai cau hoi sau:

Néu nguoi d6 an 150 g thit bo va 2 qua tring, mdi qua 46 g, trong mot ngay thi co
phu hgp khéng?

Néu ngudi d6 an 200 g thit bd va 2 qua tring, mdi qua 46 g , trong mot ngay thi
c6 phu hop khéng?

Loi gisi

Bat phuong trinh theo x,y dién ta gigi han vé luong protein ma ngudi dé can mdi
ngay la:

5—9x+£y:£x+iy£60
226 46 226 23
b) Ta co:
2.150+ 3.2.46 ~5116< 602.200+ 3.2.46 ~ 64,21> 60
226 46 226 23
Suy ra:

Néu ngudi d6 an 150 g thit bd va 2 qua tritng trong mot ngay thi phu hop.

Néu ngudi d6 an 200 g thit bd va 2 qua tring trong mot ngay thi khéng phu hop.

Bai toan thuc té 26

Ban Cuc muén pha hai loai nudc cam. Dé pha mot lit nuwdc cam loai | can 30 g bot
cam, con maot lit nuée cam loai 11 can 20 g bot cam. Goi x va y lan luot 13 sé lit nudc
cam loai | va Il pha ché dugc. Biét rang Cuc chi c6 thé ding khéng quéa 100 gam bot
cam. Hay lap cac bat phuong trinh mé ta lit nuwéc cam loai | va Il ma ban Cuc c6 thé pha



ché dugc va biéu dién mién nghiém cia cac bat phuong trinh d6 trén cling mot mat
phang toa @6 Oxy.
Loi gidi

Dé pha x lit cam loai | can 30x g bot cam

Dé pha y lit nugc cam loai 11 can 20y g bot cam

Vi Clc chi c6 thé dung khdng qué 100 gam bot cam nén ta c6 bat phuong trinh

30x+20y <100 < 3x+2y-10<0

V& duong thang A:3x+2y—10=0 di qua hai diém A(0;5) va B(2;2)

Xét goc toa do O(0;0). Tathdy O g A va 3.0+2.0-10=-10<0

Do d6, mién nghiém cua bat phuong trinh 1 nira mit phang ké ca bo A, chira gbe
toa d6 O (mién khong td mau trén hinh)

o

Bai toan thuc té 27

Ban Nga mudn pha hai loai nuéc rira xe. Dé pha mot lit loai | can 600ml dung
dich chat tay rira, con loai 11 chican 400ml. Goi x va Y lan luot 12 s6 lit nuéc ria xe
loai | va 1l pha ché duoc va biét rang Nga chi con 2400ml chat tay rira, hay lap cac bat
phuong trinh mo ta sb lit nuéc ria xe loai | va Il ma ban Nga c6 thé pha ché duoc va
biéu dién mién nghiém cua ting bat phuong trinh d6 trén mat phang toa do Oxy .

Loi gidi

C4c bat phuong trinh mé ta sé lit rira xe loai | va 1l ma ban Nga c6 thé pha ché
duoc:

x=>0;y>0;

600X + 400y < 2400 <> 3x + 2y <12



Biéu dién nghiém cua tirng bat phuong trinh d6 trén mit phang toa do Oxy:

x20 y20
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A /// 1
v/ ) =0
74 7= y
7/ 97/ i 3 L2010 /1112113 x
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Bai toan thuc té 28

M6t phan xuéng san xuat hai kiéu mii. Thoi gian dé 1am ra mot chiée mii kiéu tha
nhat nhiéu gap hai lan thoi gian 1am ra mot chiéc mii kiéu tha hai. Néu chi san xuat toan
kiéu mil thir hai thi trong 1 gio phan xuong lam duoc 60 chiéc. Phan xuong lam viéc 8
tiéng mdi ngay va thi truong tiéu thu téi da trong mot ngay 1a 200 chiée mii kiéu thi
nhat va 240 chiéc mii kiéu thir hai. Tién 14i khi ban mot chiéc mii kiéu thir nhat 1a 24
nghin déng, mot chiéc mil kiéu thir hai 12 15 nghin dong. Tinh s6 luong mii kiéu thi
nhét va kiéu thir hai trong mot ngay ma phan xudng can san xuat dé tién 1ai thu duoc 1a
cao nhat.

Loi gidi

Budc 1: Goi s6 lugng mil kiéu thir nhat va kiéu thir hai trong mot ngay ma phan

xudng can san xuat 1an lugt lax vay (x,y e N)

Goi sb lugng mii kiéu tha nhat va kiéu tha hai trong mot ngay ma phan xuang can
san xuat lan luot lax vay (x,y e N)

Theo gia thiét, thi truong tiéu thy toi da trong mot ngay 1a 200 chiéc mii kiéu thi
nhat va 240 chiéc mii kiéu tha hai nén ta c6: 0< x <200;0< y < 240

Thoi gian 1am y chiéc kiéu 2 trong mot ngay la 6% (h)

Thoi gian dé 1am ra mot chiée mii kiéu thir nhat nhiéu gap hai lan thoi gian 1am ra
mét chiéc mii kiéu thir hai nén thoi gian 1am mi tha nhat 13 1 gio 1am dwogc 30 chiée.

Thoi gian 1am x chiéc kiéu 1 trong mot ngay la % (h)

Tong thoi gian 1am trong mot ngay 1a 8h nén ta co:



XY _g
30 60
Budc 2: Lap hé bat phwong trinh.
Budc 3: Biéu dién mién nghiém.
Mién biéu dién mién nghiém l1a phan mau vang:

ik
240

40

40 80

TRy

Budc 4: Tim X va y dé tién I3i cao nhat.

Tir mién nghiém ta thay tién I3i cao nhat tai khi diém (x; y) 12 mét trong cac dinh
cua tam giac mau vang:

T =24x+15y
T (0;240) =15.240 = 3600 (nghin dong)
T (120;0) = 24.120 = 2880 (nghin ddng)

S6 lwong mil kiéu 1 1a 240 va sb lwong mii kiéu 2 1a 0.

Bai toan thac té 29

Mot gia dinh can it nhat 900 don vi protein va 400 don vi lipit trong thirc an mdi
ngay. Mai kildgam thit bo chira 800 don vi protein va 200 don vi lipit. Mdi kilogam thit
lon chira 600 don vi protein va 400 don vi lipit. Biét rang gia dinh nay chi mua nhiéu
nhat 1a 1,6 kg thit bo va 1,1 kg thit lon; gia tién 1 kg thit bo 1a 250 nghin dong; 1 kg
thit lon 1a 160 nghin dong. Gia st gia dinh d6 mua x kilégam thit bo va y kildgam thit
lon.

a) Viét cac bat phuong trinh biéu thi cac diéu kién cua bai toan thanh mot hé bt
phuong trinh rdi xac dinh mién nghiém caa hé do.

b) Goi F (nghin dong) la s6 tién phai tra cho x kildgam thit bo va y kildgam thit
lon. Hay biéu dién F theo x va vy .

¢) Tim s6 kilégam thit mdi loai ma gia dinh cin mua dé chi phi 14 it nhat.

Loi gidi

a)



Thit bo Thit lon
Protein 800/ 1kg 600/ 1kg
Lipit 200/ 1kg 400/ 1kg

a) Gia str gia dinh d6 mua x kilégam thit bo va y kilégam thit lon.

S6 lwong thit bo va thit lon phai 1a mot s6 khdng am néntaco: x>0,y >0
Mot gia dinh can it nhat 900 don vi protein trong thirc an mdi ngay nén ta co:
800X + 600y > 900 <> 8x + 6y > 9

Mot gia dinh can it nhat 400 don vi protein trong thirc an mdi ngay nén ta co:
200x+400y > 400 <> x+2y > 2

Vi gia dinh nay chi mua nhiéu nhat 1a 1,6 kg thit bd va 1,1kg thit lon nén ta co:
x<l6vay<lil
Vay ta cé hé:
x>0
y>0
8x+6y>9
X+2y>2
X<1,6
y<11
Mién nghiém cua hé 1a tt: giac ABCD Voi
A(16;0;2)(giao cua d' va duong thang x =1,6)

B(L6;11) (giao ciia dudng thang x =1,6 va duong thang y =1,1)
C(0;3;1;1) (giao cua d va duong thang y =11)
D(0;6;0;7) (giao cua d va d')
~ b s6 tien mdi kg thit bo va thit lon 1an luot 13 250 nghin doéng va 160 nghin
dong nén ta co
F =(x;y)=250x+160y (nghin dong)
¢) Ta can tim gia tri Ion nhat caa F( x ; y ) khi (x;y) thoa man hé bat phuong trinh
x>0
y>0
8x+6y>9
X+2y>2
x<16
y<11

Ta co:



F(1,6;0;2) = 250.1,6 +160.0,2 = 432
F(16;1;1)=250.1,6+160.1,1=576
F(0;3,1,1) =251
F(0:6;0;7) = 262
Gia tri nh nhét 1a F(0;3;1;1) = 251.
Vay dé chi phi it nhat thi can mua 0,3Kkg thit bo va 1,1 thit lon.
Chuy
Pon vi cua F phai 1a nghin dong
Bai toan thaec té 30
MGt chudi cira hang dn nhanh ban dd an tir 10h00 sang dén 22h00 mdi ngay. Nhan
vién phuc vu cuaa nha hang 1am viéc theo hai ca, mdi ca 8 tiéng, ca | tir 10h00 dén 18h00
va ca Il tir 14h00 dén 22h00.
Tién lwong ctia nhan vién duoc tinh theo gio (bang bén).

Khoang tho gian lam viéc Tién luong/gio
10h00 — 18h00 20000 déng
14h00 — 22h00 22000 ddng

Pé mbi nha hang hoat dong duoc thi can téi thiéu 6 nhan vién trong khoang 10h00
- 18h00, t6i thiéu 24 nhan vién trong thoi gian cao diém 14h00 - 18h00 va khong qua
20 nhéan vién trong khoang 18h00 - 22h00. Do luong khach trong khoang 14h00 - 22h00
thuong dong hon nén nha hang can sé nhan vién ca 1l it nhat phai gap doi s nhan vién
ca |. Em hay gidp cha chudi nha hang chi ra cach huy dong sé lwong nhan vién cho mai
ca sao cho chi phi tién lwong mdi ngay la it nhat.

Loi gidi
Goi X, y lan lugt 1a sé nhan vién ca l vacall (x>0,y > 0)
X>6
X+y=>24

(x+y)-x<20

y > 2X

Theo gia thiét ta co:

Biéu dién tap nghiém cua hé bat phwong trinh
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Tap nghiém cua bat phwong trinh gi6i han bai ta gidc ABCD véi:

A(6;20), B(10;20), C(8,16), D(6;18)

Tién luong mdi ngay ciia cac nhan vién: T = 20x+ 22y (nghin d6ng)

T (6;20) = 20.6 + 22.20 = 560 (nghin dong)

T (10;20) = 20.10 +22.20 = 640 (nghin ddng)

T (8,16) = 20.8+22.16 = 512 (nghin dong)

T (6;18) = 20.6 + 22.18 =516 (nghin dong)

Viy dé tién lwong mdi ngay it nhat thi ca | c6 8 nhan vién, ca Il ¢6 16 nhan vién,

Bai toan thuc té 31

Trong mot cudc thi pha ché, mdi doi choi duoc st dung téi da 8g hwong liéu, 3 lit
nude va 70g duong dé pha ché hai loai nuée A va B. Bé pha ché 1 lit nudc A can 30g
duong, 1 lit nudce va 1g huong liéu. Bé pha ché 1 lit nudc B can 10g duong, 1 lit nudc va
4g huong liéu. Mbi lit nuéc A nhan duoc 60 diém thuang, mdi lit nuée B nhan duoc 80
diém thuong. Hoi so diém thuong cao nhat la bao nhiéu?

Loi gidi

Goi x lasb lit nwoc A phaché, y 1a s lit nuéc B pha ché.

Vi gidi han nguyén liéu 1a 8g huong liéu, 3 lit nude, 70g dudng, ta 1ap cac bat phuong
trinh:

+ Huong liéu: mdi lit nwéc A can 1g, mbi lit nudc B can 4g

= X+49<8

+Nudc: méi lit nwéc A can 1 lit, mdi lit nuoc B can 1 lit.

= X+y<3

+ Puong: méi lit nwdc A can 30g, mdi lit nwéc B can 10g

= 30x+10y <70

MGi lit nude A duoc 60 diém, mbi lit nuée B duge 80 diém, nén tong diém thuong:

P =60x+80y



X y P

0 2 160
1 1 140
2 1 213

Ta thir c&c gid tri cua x, y théa man tt ca cac bat phuong trinh.
Vay gié tri I6n nhat cua P 12 213, khi x=2,y =1

Bai toan thyc té 32
( Pé cwong 6n tap hoc ki | mdén Toan, 2024-2025, trwong THPT Hoang Vin
Thy, Ha N§i): Mot nha ndng dan no ¢6 8 sao dét‘ trong hoa mau. Biét rang 1 so trong
dau can 20 cong va 1ai dugc 3 triéu dong, 1 sao trong ca can 30 cong va 1ai dugc 4 triéu
ddng. Ngudi ndng dan trong duoc x sio dau va yca thi thu duoc tién 13i cao nhat khi
tong s6 cong khong qua 180 cong. Tinh gid tri biéu thic F = 2x+3y.
Loi gidi
Tong s6 tién 14i khi trdng x sao dau, y sao ca la:
L=3x+4y (triéu dong)
Theo gia thiét ta co:
20x +30y <180
X+y<8 (¥
X,y>0
Bai toan: Tim M (x, y)thoa (*)dé L lén nhat.
+ Biéu dién diém M (x,y) théa (*) trong mat phang Oxy :

r+y==8 Y

2+ 30y = 180

O

0 4‘% &

+Mién (*) la mién trong tt giac OABC va ca bién (nhu hinh)
+L dat gia tri 16n nhét tai 1 trong cac dinh

Ta co 0 (0,0) A (8,0) B (6,2) C (0,6)
L 0 24 26 24




Suy ra L=26 triéu dong la 16n nha tai x=6,y=2.
Khi d6 F =2x+3y=18.
Chu dé 3. HAM SO - PO THI VA UNG DUNG

1. Céac kién thitc can nim

% Ham sé bdc hai
Ham sé bac hai 12 ham sb duoc cho bang biéu thirc c6 dang y = ax? +bx+c, trong

d6 a,b,cla nhitng hang s va a khac 0 . Tap xac dinh cia ham s 13 R.

% Do thi ham sé bdc hai

Db thi ham sé bac hai y = ax? +bx+c(a=0)la mot duong parabol c6 dinh la diém

voi toa do (—i;—éj va tryc d6i xung 1a duong thang x = b . Nhan xét: Cho ham
2a 4a 2a

s f (x)=ax® +bx+c(a=0),ta co: _A (_—b)
4a 2a

2. Céc bai toan thyec té

Bai toan thgc té 33

[ Cau 14 Luyén ky ndng todn 10 thpt trdc nghiém ing dung thuc té cua
phuwong trinh vé ty van dung — van dung cao]

Nguoi thir nhat chéo thuyén véi van téc 6(km/h) vao bo bién tir mot ngon hai
dang dat tai vi tri A cach bd bién mot khoang AB = 4(km) . Trén bo bién, nguoi tha
hai di xe may vé6i van tc 10(km/h) tir mot nha kho & vi tri C cach B mot khoang
BC =7(km) (hinh vé& bén dudi). Xac dinh vi tri hai nguoi gap nhau ¢ vitri M dén C
, biét hai nguoi xuat phat cuing maot ldc.

A

X

o
B M C
<~—— Tkm ———>
Loi giai
Theo dé tacd BM =7—x (diéu kién 0<x <7 )
X6t AABM taco AM =AB> + BM*> = |4 +(T—x)’ .




’ 2 2
Theo dé ta co 4 +0=x -
6 10
Binh phuong hai vé phuong trinh ta duoc
2 2

O3 1AXH X’ _ X 1625-350x+25x =9’

36 100

<1625-350x+16x" =0< x~15,2 hoiac x~6,7.

Thur lai ta thay gia tri 6,7 thoa man.

Vay hai nguoi gap nhau ¢ vi tri M cach C mot khoang 6,7km.

Bai toan thuc té 34

[ Bai 6.32 trang 21 SBT Toan 10 - Két ni tri thizc]

Mt cit ding cta cot cay so trén quédc 16 ¢ dang nira hinh tron & phia trén va phia
dudi ¢6 dang hinh chir nhat (xem hinh bén).

66

Mat cét cia cot cay s6

Biét rang dudng kinh ciia nia hinh tron ciing 1 canh phia trén cta hinh chit nhat
va duong chéo cua hinh chir nhat c6 d6 dai 66 cm . Tim dién tich gan dang caa hinh
chir nhat biét rang dién tich caa phan nira hinh tron bang 0,3 lan dién tich caa phan hinh
chir nhat. Lay 7 =3,14 va lam tron két qua dén chir sé thap phan thi hai.

Loi gidi
Goi duong kinh cua ntra hinh tron la x(cm)(x > 0).



66

Do dai canh phia trén cua hinh chit nhat bang duong kinh caa nira hinh tron hay
AB=x(cm).

Xeét tam giac vuéng ABD
Ap dung dinh Ii Pythagore, ta co:
BD’ = AD* + AB’
< AD?> =BD* — AB’®
Suy ra AD =~/ BD* — AB® =~/66" — x* =/4356—x .

Do dai canh con lai cua hinh chix nhat 1a AD = /4356 — x*

2 2 5
Dién tich nira hinh tron 1a %ﬂ'[%j 21_3’14_[%j _3,14x |

2 8

Dién tich hinh chit nhat 1a xv/4356 —x” . Theo gia thiét ta co:

2
3,1:)6 =0,3x4/4356 — x> = 157x =1204/4356 — x* ( do x > 0)

Binh phuong hai vé ciia phuong trinh ta cé:

24649x> = 14400(4356 —xz)

&> 24649x” = 62726400 — 14400
<> 39049x” = 62726400
& x ~ 140,08

Do x>0 néntacd: x =40,08

Do dai canh trén caa hinh chir nhat 1a 40,08cm, d dai canh con lai la:
J4356-40,08" ~52,44(cm). Viy kich thuéc cua hinh chit nhat khoang
40,08cmx52,44cm .

Bai toan thuc té 35

[ Cau 5 Luyén ky ndng todn 10 thpt trdac nghiém i#ng dung thyc té cua
phuwong trinh vo ty vdn dung — van dung cao]




Mot ngudi can phai chéo thuyén tir vi tri A dén vj tri C trén bo BD, sau chay bo
tir C dén B. Biét rang van toc chéo thuyén bang 6km/ h, van téc chay bo 1a 8km/ h
, khoang céch tir vi tri A dén bd BD bang 3 km , khoang céch hai vi tri B,D bang 8 km
. Tinh khoang céch 16n nhét gitra hai vi tri B, C biét rang téng thoi gian nguoi d6 chéo
thuyén va chay b 1a 1 gio 20 phat.

add

Loi giai
Goi quang duong AC la x(km); quang duong BC la y(km)(x >3;0<y <8)
= quang duong DC =8 — y(km)
AADC vubng tai D = AC* = AD’* + DC?
S xP=3+6-y) 1)

Thoi gian chéo thuyén tir A dén C 1a: % (gio)
Thoi gian di bo tir C dén B 1a; % (gid)

Vi tong thoi gian chéo thuyén va di bo 1a 1 gio 20 phut :g gio nén ta c6 phuong

trinh:

| =
_|_
o0 =
Il
(SSHFIN

Tu (1) va (2) ta cd hé phuong trinh:

2 _ Q2 Y 2 _ _ 2
x =3+@8-y) - X" =9+64—-16y+y - =y +16y=73
£+X:£ 4_X 3_y:£ 4x+3y:32
6 8 3 24 24 24



4
L_32-3y
4

2
(32_3yj ~y* +16y =73
=

2
Xét (32;3yj —y*+16y=73,taco

2
[32_3yj —y’ +16y =73
4
2
o, 1024-192y+9y"
16
< 1024-192y +9y> —16y” +256y = 1168
& Ty —64y—144=0
& (7y-36)(y-4)=0

36 29
- y:7:>X:7(TM)

y=4:>x:5(TM)

y:+16y=73

Chon khoang cach BC I6n nhit tic 1a y 16n nhat, ta chon x = 2—79;y =—

Vay khoang cach BC 16n nhat la ?km

Bai toan thuc té 36
[ Bai 44 trang 61 SBT Toan 10 Tdp 1- Canh diéu]
Nguoi ta muén thiét ké mot vudn hoa hinh chir nhat noi tiép trong mot miéng dat
hinh tron c6 duong kinh bang 50 m . Xac dinh dién tich hinh chir nhat néu téng quang
duong di xung quanh vuon hoa d6 1a 140 m .

Loi gidi



bit toa do cac dinh cua hinh chixr nhat la ABCD

Vi ABCD ni tiép hinh tron nén AC 1a dudng kinh. Do d6 AC =50m.
Goi chiéu dai caa hinh chir nhat 13 x(m)(x > 0).
Khi d6 AB=DC = x(m)
Xét tam giac ABC vudng tai B, co:
AC? = AB’ + BC? (dinh ly pytago)
< 50" =x*+BC?

< BC? =2500-x°

& BC =~2500-x°
Tong quang dudng di xung quanh vudn chinh 1a chu vi hinh chir nhat va bang 140

M . nén ta co: 2(x+\/25()0—x2 ) 140

<2500 - x* =70 - x (diéu kiégn x<70)
<2500 —x? = 4900 -140x + x*
&> 2x° —140x +2400 =0
< x =40 (TM) hoac x =30 (TM)

Néu mét canh bang 40 m thi canh con lai 14 30 m , néu mét canh bang 30 m thi
canhconlaila40m .

Vay kich thudc caa hinh chir nhat 1a 40 mva 30 m .

Bai toan thyc té 37
[ Cau 8 Luyén ky ndng todn 10 thpt trdc nghiém #ng dung thyc té cua
phuong trinh vé ty van dung — van dung cao]

Hai dia diém A va B cach nhau boi mot con séng (coi hai b séng song song).
Nguoi ta muén xay mot chiée cau bic vudng goc vai bo song dé cé thé di tr A dén B .
Véi cac s6 liéu (tinh theo don vi km ) cho trén Hinh 28 , tim x(km) dé xac dinh vi tri
dat chan cau sao cho khoang cach tir B dén chan cau phia B gap doi khoang céch tir A
dén chan cau phia A .



Hinh 28

Loi gidi
Goi chan cau phia A 14 M , chan cau phia B 1a N .
B
< : 4

Cau N :
inl

.

o N S

Hinh 28
Dua vao hinh 28, &p dung dinh ly Pytago, ta co:
AM =Nx* +2° =\x* +4,BN = (6 - x)* + 4 =+/x* —12x+52

Theo d& bai, ta c6: BM =2AM <> ~x> —12x+52 =2 x* + 4

x2+4>0
=
x2—12x+52=4(x2+4)

S —12x+52=4x+16
<372 +12x-36=0

x=2
&
x=-6
Do x>0 nén x=2.

Vay véi x =2km thi khoang céch tir B dén chan cau phia B gap doi khoang céch
tir A dén chan cau phia A .
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[Céu 7 Chuyén dé bai toan thyc té]

Chi phi vé nhién liu cua mot tau duoc chia lam hai phén‘. Trong d6 phan thir nhat
khong phu thudc vao, van toc va bang 480 ngan géng/giéy. P‘hén tha hai ti‘lé thuan vai
lap phuong cta van toc, khi v =10(km / h) thi phan thir hai bang 30 ngan dong/gio. Hay
xéc dinh van téc cua tau dé tong chi phi nhién liéu trén 1km Ia nho nhat?

Loi gidi
Goi x(km/ h) 1a van tc caa tau, x>0

Thaoi gian tau chay quang duong 1 km la 1 (9io)
x

Chi phi tin nhién liu cho phan thi nhat 13 +-480 = 239 (ngan déng)
X X
Ham chi phi cho phan tha hai 12 p = kx* (ngan dong/gio)
Makhi x=10= p=30=k=0,03 nén p =0,03x> (ngan dong)
Vay tong chi phi
480

F0)=2210,03x
X
_ 280,290 6 034 > 331728 = 36
X X

Dau "=" xay ra khi x =20
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[ Van dung trang 26 Toan 10- Két néi tri thic ]

Béc Viét séng va lam viéc tai tram hai ding cach bo bién 4 km . Hang tuan bac
chéo thuyén vao vi tri gan nhat trén b bién 1a bén Binh dé nhan hang héa do co quan
cung cap. Tuan nay, do truc tric vé van chuyén nén toan bo sé hang van dang nam &
thon Hoanh, bén ba bién cach bén Binh 9,25km va s& dugc anh Nam van chuyén trén
con dudng doc bo bién tsi bén Binh bang xe kéo, bac Viét da goi dién théng nhat véi
anh Nam 1a ho s& gap nhau & vi tri nao d6 giita bén Binh va thon Hoanh dé hai ngudi



cd mat tai d6 cung lac, khong mét thoi gian cho nhau. Tim vi tri hai ngudi du dinh gap
nhau, biét rang van toc kéo xe cia anh Nam 1a Skm/h va thuyén cua béac Viét di
chuyén van toc 4km/ h. Gia thiét ring dudng bo bién tir thén Hoanh dén bén Binh 1a
duong thang va béac Viét clng lubn tréo thuyén téi mot diém trén bo bién theo mot
duong thang.

Loi giai
Ta md hinh hoa bai toan nhu trong Hinh 6.20: Tram hai dang & vi tri A ; bén Binh
¢ B va thon Hoanh ¢ C .

Gia sir béac Viét chéo thuyén cap bén & vi tri M va ta dat BM = x(km)(x > 0).
Ta c6: BC=BM+ MC < MC = BC — BM =9,25— x(km) hay quang duong cua
anh Nam tir thon Hoanh dén diém gap nhau cua 2 ngudi 13 9,25 — x(km).

Van tc cua anh Nam 12 Skm/ h nén thoi gian di chuyén cta anh Nam dén diém
9,25—x , ..
i0).
S (9io)
Tam gidc ABC vudng tai B, theo dinh li Pythagore ta c6:
AM’ =AB’ +BM’ =4 +x*> =x"+16
Suy ra AM =+/x* +16(km) hay quang duong di chuyén caa bac Viét dén diém

hen 1a Vx* +16(km).
Van téc cua Bac Viét 1a 4km/h nén thoi gian di chuyén cua bac Viét toi diém
Vx> +16
=
Dé hai nguoi khdng phai cho nhau thi thoi gian chéo thuyén bing thoi gian kéo
xe nén ta c6 phuong trinh:

hen gap nhau la:

hen gap nhau la: (9i0).



x*+16 - 9,25-x
4 5

(D
Giai phuong trinh (1) ta co:

() & 5Vx* +16 =37—4x

Binh phwong hai vé phuong trinh trén ta duoc:

25(x +16) = 1369 —296x +16x° <> 9x” +296x—969 = 0 <> 323

Thur lai ta thay ca hai gia tri x=3 va x = —% déu thoa man phuong trinh (1).

Ma diéu kién caa x 1a x >0 nén tachon x =3.
Vay vi tri hai nguoi hen gap nhau cach bén Binh 3 km hay cach thon Hoanh 6,25
km.
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[ Bé cuong én tap HK 1, 24-25 , Truong THPT Trung Vieong, Binh Binh]

Mot cly cau treo co trong luong phan bd déu doc theo chiéu dai cua nd. Cay cau
c6 tru thap d6i cao 75m so véi mat cia cdy cau va cach nhau 400m. Céc day cap co
hinh dang parabol va duoc treo trén cac dinh thap. Cac day cap cham mat cau & thm cua
cay cau. Tim chiéu cao cua day cap tai diém cach tam cua cay cau 100m (gia su mat
cua cay cau la bang phang).

yh
A B
[ —— i R — AT
175
\\\ W E
\\ /’/ 17 :
- T O. ] \ B | Y >
~200 s »{100 300 X
100 -
e e Gadses "
Loi gidi

Goi O(0;0) la goc toa d6 cua parabol, nén ta c6 phuong trinh parabol dang nhur
Sau.
y=ax



Ta c6 cy cau tru thap doi cao 75m va cach giira hai cot 12 400m tir d6 ta c6 toa
do diém A(—200;75) va B(200;75).
Thé diém B vao phuong trinh ta co:
75 = a.200°

a=——

1600
4 by N \ 3
Do d6 phuong trinh parabol 1a: y=—— x?
p g p Y= 1600
Tur d6 tinh chiéu cao cua day cap khi cach 100m:
Voi x=100=y = i1002 =18,75
1600

Vay chiéu cao cua day cép khi cach trung tam cua cau 100m la 18,75m
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[Dé Dy Bi THPT Quéc Gia nam 2015 ]

T mot khic gd hinh try, can xé thanh mot chiée xa co tiét dién ngang 1 hinh
vudng va 4 miéng phu nhu hinh v&. Hiy x4c dinh kich thudéc cua cac miéng phu dé dién
tich st dung theo tiét dién ngang Ia nho nhat?

i

X 7
¥ o
WAl ] B
5 ﬂ_CL-""
D _‘_': _______________ C
~
Loi giai

Goi chiéu dai va chiéu rong cua miéng phu lan luot 1a x, y . Puong kinh cua khic

g6 12 d, khi d6 tiét dién ngang cua thanh xa c6 do dai canh 1a
d(2-+2
a4 va O<X<M,O< y<i

7 N

Theo dé bai ta dugc hinh chit nhat ABCD nhu hinh v&, theo dinh Iy Pitago ta co:

d Y 1
2X+— | +y?=d? < y=—=+/d? —8x% —4/2x
( ﬁj ’ =7

Do d6, miéng phu c6 dién tich Ia: S(x)=i2\/d2—8x2—4\/§dx VGi

2
d(2-42)

O<x<



Bai toan trg thanh tim x dé S(x) dat gié tri I6n nhat. Ta co:

x(—8x —2+/2d
§'(X) = =07 —8x" —420x + | )
N J2+/d? —8x? — 44/2dx
—_ 2— 2
5 (x) = 16X 6v2dx +d® _
J2+/d? —8x% — 4/2dx
& —16X2 —6+2dx +d? =0
2
X X
< -16| = | -6v2| = |+1=0
(5] -e(3)
RNy
16
Vay miéng phu c6 kich thuéc 1a x=@d , y:—7 _4\/1_7 d
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[Cau 1 Chuyén dé ham sé bdc hai]

Tai mot budi khai truong, nguoi ta 1am mot cong chao cd duong vién trong cua
mit cat 1a dudng parabol. Nguoi ta do khoang céch gitra hai chan cong 1a 4,5m. Tir mot
diém trén than cong nguoi ta do dugc khoang cach téi mat dat (diém H ) 1a 1,8m va
khoang céch tir diém H téi chan cong gan nhét 1a 1m. Hay tinh chiéu cao caa cong chao
d6 (tinh theo dudng vién trong) theo don vi mét va lam tron két qua dén hang phan
muoi.

R e
i

Loi gidi
Chon hé truc toa do sao cho gdc toa d6 O tring mot chan caa cdng, truc hoanh
nam trén duong ndi hai chan cong (don vi trén cac tryc tinh theo mét) (Hinh 10). Goi
ham s6 bac hai c6 do thi chira duong vién trong cua cong chao trén 1a y =ax? +bx+c.
Tur gia thict bai toan ta c6 do thi ham so6 di qua cac di€ém O(0;0), A(4,5,0), B(L18).



¥

1,8 ¢--

Hinh 10

Thay toa do cac diém trén vao ham sb, ta duoc c¢=0 va hé phuong trinh :

18
452a+45b=0 |27 35
{12a+1b:1,8 = 8L
35

Suy rata c6 ham so: y = —3_158)(2 +%x. Tir d6, dinh ciia d6 thi ham s trén co tung

do la
2
89,88 4
35 \2 35 4
Vay chiéu cao cia cong l1a khoang 2,6m.
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[ Cau 15 Chuyén d@é ham sé bdc hai]
M6t van dong vién bong chuyén danh mét qua bong 18n vai vi tri ban dau tir do
cao 4 ft (tinh tir tay danh bong dén mat dat). Tai thoi diém 0,5s trai bong ¢ do cao 10ft
va tai 1s thi trai bong ¢ d6 cao 8ft

a) Viét cong thirc tinh do cao qua bong tinh theo thoi gian t(s) sau khi dugc ddnh
ra, biét cong thuc tinh h(t) 1a mot ham sé bac 2
b) D6 cao 16n nhat qua bong dat dwoc 1a bao nhiéu?
¢) D6i phuong ¢ bao nhiéu gidy dé chay dén ctu qua bong trude khi né cham
dén mat dat?
Loi gidi



a) Dung hé hé toa d6 nhu hinh vé véi goc toa do O trung vai vi tri danh cua van
dong vién

Goi (P):h(t)=at®+bt+c

» Vi tri ban dau la tir do cao 4 ftnén A(0;4) e P <= c=4(1)

« Tai thoi diém 0,5s trai bong ¢ d¢ cao 10ft nén B(%;loj e(P)e %a+%b+c =10

(2)

» Tai 1s thi trai bong ¢ d¢ cao 8ft nén C(1,8)e(P)<«<a+b+c=8 (3)

1 ;::4 a=-16
* Ttr (1),(2),(3) ta c6 hé phuong trinh: Za+§b+c =10<< b=20

a+b+c=8 c=4
* Vay h(t)=—16t* + 20t +4
2
b) Ta co: h(t):—16(t2—Etj+4:—16(t—§j Macphe
4 8 4 4
« Vay d6 cao nhat cia qua bong dat dugc 1a %1 tai tzg
(= SVAL ) g
¢) Khi qua bong cham dat thi h(t)=0<> —16t?+20t+4=0 < 8
541
=222 (L)

« Vay d6i phuong c6 1,43s dé ctru bong trudce khi bong cham dat.
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[Cau 6 Chuyén dé ham sé bdc hai]

Strc manh dong co (tinh bang don vi ma luc) sinh ra tir may caa mot cand ¢ toc
do quay r vong/ phit duge xéc dinh bai ham so: p(r)=-0,000025r% +0.2r —240 . Vay



sac manh 16n nhét caa dong co nay dat duoc 1 bao nhiéu? Khi d6, dong co phai quay
bao nhiéu vong/ phut?

Loi gidi

Taco: p(r)=-0,000025r>+0.2r —240 1a ham s6 bac 2

*TXD: D=R
* binh | (4000;160)
* BBT
r —o0 4000 400
p(r) / WJ);\
—o0 —o0

Dua vao BBT, sitc manh 16n nhat cua dong co 1a 160ma lyc, dat duoc tai 4000
vong/phut.
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[Cau 11 Chuyén dé ham sé bdc hai]

Mot miéng nhdm cé bé ngang 32 cm dugc udn cong tao thanh ranh dan nudc
bang chia tim nhdm thanh 3 phan rdi gip 2 bén lai theo mot goc vudng. Ngudi ta can
nghién ciu cach dé tao ra dudng ranh c6 dién tich mat ngang S lon nhat dé co thé cho
nudc di qua nhiéu nhat.

a) Lap ham sb dé biéu dién dién tich S theo bién x ( x 1a bé ngang hai phan bén
ctia tam nhom)
b) Xéc dinh x dé c6 duoc dién tich S Ién nhat

(32~ 2x) cm|

7/
{/
1/

xoam
—
Pl
/ f | Clo;s-senimal
: “/ / area
—32cm —
Loi giai
a) S la dién tich hinh chir nhat nén S =(32-2x).x=-2x* +32x

/

b) Ta c6: S 1a mot ham sb bac 2.



- Dinh 1(8;128)

* BBT:
r —00 8 +00
p(r) / N\
—0 —00

Dva vao BBT, S, =128 khi x=8.
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[Cau 4 Chuyén dé ham sé bdc hai]

Mot ciia hang buén gidy nhap mot doi gidy voi gia 40 (nghin dong). Cira hang uéc
tinh rang néu doi giay duoc ban voi gia x(nghin dong) thi méi thang khach hang sé mua
(120—x) d6i. Hoi ctra hang ban mot doi giay vai gid trong khoang bao nhiéu thi thang
d6 ctra hang c6 loi nhuan nhiéu hon 1.200.000 dong?

Loi gidi

Goi y la sb tién I4i cua cira hang ban giay ( nghin dong )

S6 tién l4i cua ctra hang trong mot thang 1a:

y =(120—x)(x—40) =—x* +160x— 4800

Pé cua hang co loi nhuan nhiéu hon 1 200 (nghin dong )trong thang do thi

y >1200 < —x* +160x —4800 >1200 <> 60 < x <100

Vay can ban mot doi gidy véi gia tir 60 nghin dong dén 100 nghin dong.
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[Cau 8 Chuyén dé ham sé bdc hai]

Céanh cong cua gia dinh ban An nhu hinh v&. Ban An muén do chiéu cao cua céi
cong, biét rang ban An chi duoc nha san xut cong bé mét vai dix liéu: Chiéu rong cua
cong 1a 5m, vi tri thap nhat caa phan trén cong cach mat dat 3m va tir mot diém cach

chan cong 1m, ngudi ta dung thude do duoc chiéu cao la g—ém .

Loi gidi

180412822 488AKMNRARMARRAANDA.. Y .
TiCTscnnnsananaaay 5




Xem phan phia trén caa cai cong 1a mot parabol, vay dé tim duoc do cao cua cong
ta chon hé truc toa d6 nhu hinh v& véi goc toa dd O nam & vi tri chan cua cong.

« Goi ham sé bac 2 1a (P):y=f(x)=ax®+bx+c(a=0)

« Do vi tri thdp nhat coa phan trén cbéng cach mit dat 3m nén
A0:3) e(P) = 3=c(l)

« Tir mot diém céch chan cong 1m, ngta ding thude do duoc chiéu cao 1a g—ém

nén:
B(l;%]e(p)@%:amm(z)
25 25
» Chiéu rong cua cong 1a 5m nén C(5;3) e(P) < 3=25a+5b+c(3)
4
c=3 a="%

 Tr (1),(2),(3) ta cé hé phuong trinh: a+b+x=2—; << b=
25a+5b+c=3 C=

* Suy ra phuong trinh: y = f (x):—zi5x2 +gx+3

« Khi d6: d6 cao cua cong chinh 1a tung do dinh y, = —4A =4m
a

Vay cong cao 4m.

Bai toan thuc té 48

Cong Arch tai thanh phd St Louis cia My ¢6 hinh dang mét parabol. Biét khoang
cach gitra hai chan cong 1a 162m. Trén thanh cong, tai vi tri ¢ do cao 43m so véi mat dat,
ngudi ta tha mot soi day cham dat va vi tri cham dat nay cach chan cong (diém A) mot
khoang 13 10m. D¢ cao cua cong Arch ¢ két qua gan dung véi dang abc, 6m (két qua

62
A 162 m B

D w— -

10m
1am tron dén hang phan chuc). Véi a, b, ¢ 1a cac s6 tr nhién. Tinh S=a+b+c.
Lo gidi
Phuong trinh cong Arch ¢6 dang: y = ax? +bx+c



q Biét hai chan cong la x =0 va x =162 — parabol c6 dang ddi xtng quanh trung
diem:
y=a(x-81)" +k
binh parabol tai (81,43) —k =43
y=a(x—-81"+43)
Cong Arch di qua (0;0), thay vao phuong trinh:
0=a(0-81)" +43

a(6561) = —43
.3
6561
Diém A c6 hoanh d6 x, =10, tim vy,
43 2
———° (10-81)" +43
Ya 6561( )
43 2
=—— (71)" +43
YA 6561( )
43.5041
=— +43
YA 6561
216763
=— +43
Y 6561
Ya=9,99~10

Lamtrona, b,c,taco a=4,b=6,c=4
S=a+b+c=4+6+4=14.

Chu dé 4 . VECTO

1. Céc kién thirc can nam
s Dinh nghia
Cho doan thang AB . Néu ta chon diém Alam diém déau, diém B 1am diém cudi thi
ta dugc doan thang AB c6 huong tr Adén B. Doan thang c6 dinh huong AB duoc ki
hiéu 14 AB va duoc goi 1a vecto AB.
Vecto c6 diém dau A, diém cudi B duoc ki hiéu 1a AB, doc 1a vecto AB
B

—_—

AB



Puong thang di qua hai diém A va B goi 12 gia cua vecto AB.

D6 dai cia doan thing AB goi 1a do dai cia vecto AB va duoc ki hiéu 1a \E\ .
Nhu vay ta co: \E\ = AB.
M6t vecto khi khong can chi rd diém dau va diém cudi co6 thé viét 1a a,b, x, y,...

B

a
A

Vecto c6 do dai bang 1 goi 1a vecto don vi.

Hai vecto dugc goi 1a cing phwong néu gia caa ching song song hoac tring nhau.

Néu hai vecto ciing phuong thi chiing chi ¢ thé cing hwréng hoic nguoc hirong.

Ba diém phan biét A, B,Cthing hang khi va chi khi hai vecto ABva AC cling
phuong.

Hai vecto a va b duoc goi 1a bang nhau néu chiing cung huéng va co cing do
dai, ki higu a=b.

Hai vecto ava b duoc goi 1a d6i nhau néu chung nguoc hudng va co cung do dai,
ki hiéu a=-b.Khi do, vecto b duoc goi 1a vecto ddi cua vecto a.

Cho vecto a va diém 0, ta ludn tim duoc mot diém A duy nhét sao cho: OA=a

% Quy tdc ba diém : Véiba diém A B,C,taco: AB+BC=AC
< Quy tac hinh binh hanh : Néu OABCIla hinh binh hanh thi ta c6
OA+0C =0B
< Tinh chdt ciia phép céng cdc vecto
- Tinh chét giao hoan: a+b=b+a
- Tinh chat két hop: (5+5)+c:5+(5+5)

- V&i moi vecto a, taludnco: a+0=0+a=a
+ Hiéu cua hai vecto

Cho hai vecto ava b . Hiéu cua hai vecto ava b 1a vecto é+(—5)vz‘i ki hiéu a—b

% Tinh chét vecto cua trung diém doan thang va trong tm tam giéc
Piém 14 M trung diém cua doan thing AB khi va chi khi MA+MB =0.
Diém Ia G trong tam cuia tam giac ABC khi va chi khi GA+GB+GC =0.

% Tich cizia mét sé véi mét vecto va cdce tinh chat



- Cho sé k khéc 0 va vecto a khac 0. Tich cua sé k véi vecto ala mot vecto, ki
hiéu 1a ka . Vecto ka cung huéng véi anéu k >0, nguoc huéng véi anéu k <0va co
do dai bang || [a]. Quy wéc: 0a=0va k0=0.

- V6i hai vecto ava b bt ki, vai moi sb thuc h va k, ta co:

- k(a+b)=ka+kb (h+k)a=ha+ka h(ka)=(hk)a

-la=a (-l)a=-a

% Diéu kién dé hai vecto cing phwong

Hai vecto ava b (5 khac 0) cung phuong khi va chi khi c6 mot sé k sao cho

a=kb
% Dieu kién dé ba diém thang hang

Ba diém phan biét A, B,C thing hang khi va chi khi c6 sé k khac 0 dé AB=kAC .

¢ GOc giira hai vecto

Cho hai vecto ava b déu khac 0. Tur mot diém Obét ki tavé OA=a,0B=b.

Goc AOBV6i sb do tir 0° dén 180° duoc goi 1a goc giita hai vecto ava b .

Ta ki hiéu goc giita hai vecto ava b 1 (5,6)

Néu (5,5)=90° thi ta n6i rang ava b vuéng goc véi nhau, ki hidu 1a a Lb.

s Tich vé huong Cua hai vecto

Cho hai vecto ava b déu khac 0. Tich vé hwong cua ava b 1a mot sé, ki hiéu 13

ab, dugc xac dinh bai cong thic: ab= ‘5‘.‘6‘.(:03(5,5)
% Tinh chdt ciia tich vé hwéng

- \V&i ba vecto a,b,c bat ki va moi sé k, ta co:

_ab-Ba  a(b+c)-ab+ac (ka)b=k(ab)-a(kb)

- Tir cé&c tinh chét cua tich v hudng cua hai vecto, ta suy ra:

-(a+b) =a’+2ab+b"  (a-b) =a ~2ab+b’

- (a+B)(a-B)=a' B

% Ap dung cia tich vé hwong
Trong Vat 1i, tich vo hudng gidp tinh céng Asinh béi mot luc F c6 do dich chuyén
1a vecto d. Tacé cong thac: A=F.d.



2. Céc bai toan thuec té
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[ Bé 6n tdp cudi ky 1, 2024-2025, Triweong THPT Thanh Khé, tinh Pa Nang ].

Mot 6 td ¢ khéi luong 2,5 tin chay tir chan 1én dinh mot con déc thang. Tinh
cdng cua trong luc tac dong 18n xe, biét doc dai 50 m va nghiéng 15 so véi phuong
nam ngang (trong tinh toan, lay gia toc trong truong bang 10m/s® ).

Doi 2,5 tin =2500kg .
Trong luc ciia 6 t6 c6 d6 16n bing | P I= mg = 2500-10 = 25000(N)
Trong luc P cua 6 td hop voi hudng chuyén doi MN mot gac la:
a=90"+15 =105".
Trong luc P dugc phan tich thanh hai thanh phan E va IZ nén ta co:
ﬁ:E+E
( F] c6 phuong vudng goc voi mit déc, E c6 phuong song song v6i mat doc)
Tathiy P khong c6 tac dung véi chuyén doi MN cua xe va P, ngwoc huéng
véi MN .
Do d6 cong cua trong luc tac dong Ién xe bang:
A=P-MN=IPI|-|MN-cos(P,MN) =25000-50 - cos 105" ~ —323524(J)
Vay cong cua trong lyc tac dong 1én xe bang khoang -323 524 J



Bai toan thgc té 50

[ SBT Toan 10 trang 47 Tdp 1 - Két néi tri thiic]

Trén bién Pong, mot tau chuyén dong déu tir vi tri Atheo hudng N20°E véi van
tbc 20km/h. Sau 2 gio, tau dén dugc vi tri B. Hoi Acach B bao nhiéu kildmét va vé
huéng nao so voi B?

Lsi gidi

Ta su dung vecto \7:‘\7‘ =20d8 biéu thj cho van téc cua tau, vecto AB dé biéu thi
cho quing dudng va hudng chuyén dong cua tau tir Atéi B. Do tau chuyén dong déu
tr A, v6i van tc 20km/h, trong 2 gid téi B, nén AB =‘ﬁ‘ = ZM =40(km) .

N n2o°E B
+
S20°W
A

Vay Acach B 40km/h.

Do B¢ vé huéng N20°E so véi A, nén A& vé hudng S$20°W so véi B.

Bai toan thuc té 51

[Toan 10 Bai 9 trang 87 Tdp 1 — Céanh diéu]

Mot dong sdng chay tir phia bac xuéng phia nam véi van toc 1a 10km/h. Mot
chiéc ca nd chuyén dong tir phia déng sang phia tiy véi van téc 40km/hso véi mit
nuéc. Tim van toc caa ca nd so véi bo séng.

Loi giai
Bac
Tay Dong
Nam

A



Ca nd chuyén tir dong sang ty, gia sir ca nd di theo huéng Asang C, khi d6 van
tC S0 V&i miat nude cia ca nd dugc biéu thi bai v, = AC va co do I6n ‘\71‘ =40km/h, van
tbc dong chay dugc biéu thi béi v, = AB va cé do 16n \\72\ ~10km/h.,

Khi d6 van tdc ciia ca nd so véi bd song dugc biéu thi boi v=v, +v,

Ta cén tinh d6 lon cia vecto v, hay chinh I v, +v,|

Dung hinh binh hanh ACDB nhu hinh vé.

Do huéng nam bic vubng goc véi huéng dong tay nén ABva AC vudng goc voi
nhau.

Suy ra ACDB Ia hinh chir nhat.

Nén AB=CD=10,AC=BD=40.

Str dung dinh li Pythagore trong tam giac vuéng ACD, ta co:

AD? = AC? +CD? = 40? +10? =1700 = AD =+/1700 =104/17
Lai c6 do ACDB Ia hinh binh hanh nén: AD=AC + AB=V, +V,

Do dé: V= AD =|V|=|AD| = AD =1017
Vay van téc cua ca nd so vai bd song 12 10§17km/ h.
Bai toan thyc té 52
[Toan 10 Bai 6 trang 93 Tdp 1 — Chén troi sang tao]
Khi may bay nghiéng canh mot goc « , luc F ciia khong khi tac dong vudng goc
V6i canh va bang tong cua luc nang F,va F, luc can (Hinh 16). Cho biét o =30°va

‘E‘:a. Tinh Hva cheo a.

Hinh 16

Loi gidi

Ki hiéu cac diém nhu hinh dudi



Khi d6 cac lyc F,F,F, lan lugt 1a AC, AD, AB o = BAX =30° = CAB = 60°

AB = AC.cosCAB =a.cos60° :%

- ‘EZ‘ :‘E‘ :%AD =BC = AC.sinCAB =a.sin60° :a_\/§
:\E\z\ﬁ\=AD:a_23
vay [ -2 g -2

Bai toan thuc té 53
[Toan 10 Bai 8 trang 93 Tdp 1 — Chén troi sang tao]
Mot con tau c6 vecto van toc chi theo hudng nam, van téc ciia dong nuéc 1a mot
vecto theo huéng dong nhu hinh 17. Tinh d6 dai vecto tong cia hai vecto noi trén.

=

30 km'h

¥ )
10 km/B

Hinh 17
Loi gidi

Goi vecto van toc cua tu 13 AB, vecto van toc cia dong nude 1a vecto BC



30 kmih

¥ 4 c
B 0 kmh
Hinh 17

Ta c6 vecto tong la F=AB+BC=AC

Do dai vecto tong 1a
\E\ :‘A—C‘ = AC =+/AB? + BC? =+/30? +10% =10v/10(km/ h)

Viy do dai vecto tong 12 105/10(km/h).

Bai toan thuc té 54
[Toan 10 Bai 5 trang 97 Tgp 1 — Chén troi sadng tao]
May bay Adang bay vé huéng Pong Bic véi toc do 600km/h. Cung liic d6, may

bay B dang bay vé huéng Tay Nam vai tec do 800km/h . Biéu dién vecto van toc b cua

may bay B theo vecto van tdc acua may bay A.

da
3 ///
Bic 4 f
C 7 B
Téy ( :} Béng /
Mam :
>/h

Loi giai
Vecto a,bla vecto van tbc cia may bay Ava may bay B.
Do d6 ‘5‘ , ‘5‘ an luot 1a do 16n cua vecto van téc twong Gng.

Taco: [a| = 600, =800:>B=@=f
‘a‘ 600 3

Hai huéng Pong Bic va Tay Nam 1a nguoc nhau, do d6 b= 55

Bai toan thuc té 55
Mot may bay dang bay tir huéng dong sang hudng tay véi toc do 700km/ hthi
gap ludng gid thoi tir huéng déng bic sang hudng tdy nam véi toe do 40km/h (Hinh).
May bay bi thay d6i van téc sau khi gap gi6 théi. Tim toc do mai cia may bay (1am tron
két qua dén hang phan tram theo don vi km/h).



D
Khi d6 ta c6: ABCD Ia hinh binh hanh c6 ABC =45°.
Suy ra: DAB =180° - 45° =135°; AD =|V; | = 40, AB = v;| = 70.

Ta can tinh d6 dai doan thdng BD, day chinh la do dai vecto V.
Ap dung dinh Ii sin trong tam giac ABD, ta co:

BD? = AD? + AB® —2.AD.AB.cos A

= 40% +700% — 2.40.700.c0s135° ~531197,98

Suy ra BD ~ 728,83(km/h).

Vay tdc do6 maéi cua may bay sau khi gap gio théi 1a 728,83(km/ h)

Bai toan thuc té 56

[Toéan 10 Bai 5 trang 101 Tdp 1 — Chan troi sang tqo]

Mot nguoi ding mot luc F co d6 16n 1a 90N 1am mat vat dich chuyén mot doan
100m. Biét luc hop F véi huéng dich chuyén 1a mot goc 60°. Tinh cong sinh bai luc
F.

Loi gidi

s ]

Cong sinh bai luc F dugc tinh bang céng thic
A=F.d =|F|[d|.cos(F,d) =90.100.cos60° = 4500(J)



Vay cong sinh bai lyc F c6 d6 1on bang 4500 (J).

Bai toan thuc té 57

Pé kéo dudng diy dién biang qua mot hd hinh chir ,nhét ABQD voi do d%\i
AB = 20m, AD =180m, nguoi ta du dinh lam 4 c6t dién lién tiép cach déu, cot thir nhat
nam trén bo AB va cach dinh Akhoang cach 20m, cot thir tu nam trén by CDva cach
dinh C khoang cach 30m. Tinh cac khoang cach tir vi tri cac cot tha hai, thi ba dén cac
bo AB, AD.

Loi giai

Chon hé toa @6 Oxysao cho A(0;0), B(200;0),C(200;180), D(0;180). Goi Vi tri cac

cot dién dugc trong la C,,C,,C,,C, .

y C

180 4D
/

y

-
[®]

.

i -

Do C, thugc canh ABva AC, =20nén C,(20;0), do C, thuoc canh CDva C,C =30
nén C,(170;180).

Suy ra C,C, = (150;180) . (1)

Do bén cot dién C,,C,,C,,C, dugc trong lién tiép, cach déu trén mot duong thang,

nén CC, = %C1C4 va CC, = §C1C4

Goi toa do ciia C,ddi vai hé truc dang xét 1a (x;y). Khi d6 . CC, = (x—20;y)

1 x—20=%=50
T dé va(1),do CC,==C,C, nén
3 y—@—60

Sury ra x=70,y =60, tic la C,(70;60) .
Khi d6 d(C,; AB) =d(C,;0Ox) =60(m) va d(C,; AD) =d(C,;Oy) =70(m).
Hoan toan tuong tu, cing dugc d(C,; AB) =120(m),d(C;; AD) =120(m).



Bai toan thuc té 58
[ Pé Cwong On Tap Hk 1 Niam 2024-2025, Truwong THPT Trung Vwong, Binh
binh]

Mot con lic don dang ding yén tai vi tri cAn bang M thi duoc tac dung mot luc
F dé dua dén vi tri | va giir yén (nhu hinh v&). Biét rang con lic dang chiu tic dong
cua luc cang diy T c6 cudng do 30N, trong luc P va luc tac dung F . Hiy xac dinh
cuong d6 cua lyc F ?

O
30"

M 10)

Loi giai
Giadinhtacd P=1AF = 1B tao ra hop luc IC, lyc cing day T = IN

Pit x, x > 0 1a cudong do cua luc F

Ta thay MOI = ICB (do so le trong), ma géc ICB = AIC nén AIC =30°

Tacd AC=IB=x=IC= AC =

- X 2X
sin(30°) 1

N

Do con lic dang dung yén tai | do d6 T c6 cung cudng do véi hop luc IC
Suyra 30=2x<x=15
Viy cuong do cua luc tac dung F 1a 15N



hop.

Chi dé 5. PAI SO TO HQP

1. Céc kién thirc can nam
C6 hai quy tic dém quan trong nhat, d6 1a quy tic cong va quy tic nhan.
< Quy tac cong. Gia st cd mot cong viéc cb thé dugc thuc hién theo mot
trong k phuong an khac nhau:
- Phuong an 1 c6 n, cach thuc hién;

- Phuong an 2 ¢6 n, cach thyuc hién;

- Phuong an k 6 n, cach thuc hién.
Khi d6 sé cach thyc hién cong viéc 1a n, +n, +...+n, cach.
< Quy tdc nhé}n. Gia su c6 mot codng viéc nao d6 phai hoan thanh qua k céng
doan lién tiep nhau:
- Cong doan 1 ¢ m, cach thuc hién;

- Cong doan 2 c6 m, céch thyuc hién;

- Cong doan k c6 m, cach thuc hién.
Khi d6 s6 cach thyc hién cong viéc 1a m -m, -...-m, cach.

Trong cac bai toan dém, cac khai niém co ban nhat 1a hoan vi, t6 hop va chinh

< Hoan vi. Mot hoan vi cua mot tap hop n phan tir 12 mot cach sap xép cé
thir tw n phan tr d6 (neN,n>1). S6 cac hoan vi ciian, ki hi¢u 1a P, , dugc
tinh bang cong thic: P =n1= n-(n-1)-(n—2)...2-1. Ta quy wéc 0!=1.

< Chinh hop. M6t chinh hop chap k caa n 1a mot cach sip xép cé thtr tu k
phan tir tir mot tap hop n phan tir, voi k,neN,1<k <n.. S cac chinh hop
chap k caa n, ki hiéu 13 A* dugc tinh bang cong thuc:
n!

(n—k)v

< Té hop. Mot t6 hop chap k caa n 1a mot cach chon k phan tir tir mot tap hop
n phan tir, véik,neN,0<k >n.Sé céac to hop chap k caa n, ki hiéu la c*

A¢‘=n-(n-1)-(n-2)...-(n—k+1),hay A=

duoc tinh bang cong thic:

|
ch=— 1
"~ oK)rK!

Dé tranh nham 13n céc khai niém t6 hop va chinh hop, can luu ¥ rang chinh hop

lién quan dén viéc chon cd xép thir tu con t6 hop 1a chon khong xép thi tu.



2. Céc bai toan thuec té

Bai toan thuc té 59

[ Bai 3 trang 10 Toan lép 10 Tdp 2]

Trong mat truong trung hoc pho thdng, khdi 10 c6 245 hoc sinh nam va 235 hoc
sinh ntr.

a. Nha truong can chon mét hoc sinh & khéi 10 di du budi giao luu véi hoc sinh
cac trudng trung hoc phé thdng trong tinh. Hoi nha trudng c6 bao nhiéu cach chon?

b. Nha truong can chon hai hoc sinh ¢ khéi 10, trong d6 ¢6 1 nam va 1 ni, di du
trai hé caa hoc sinh trong tinh. Hoi nha trueong ¢6 bao nhiéu cach chon?

Loi giai

a.

- Chon hoc sinh nam: Cé 245 cach

- Chon hoc sinh nir: C6 235 cach

Vay nha truong c6 245 + 235 = 480 cach chon mét hoc sinh

b.

- Chon hoc sinh nam: Cé 245 céch

- Chon hoc sinh nix: C6 235 cach

Vay nha truong 0 245.235=57575 cach chon hai hoc sinh 1 nam va 1 nir.

Bai toan thuc té 60

[Bai 7 trang 10 Toan lép 10 Tdp 2]

Mot khach san nho chuan bi bita an sang gdm 2 d6 ubng Ia: tra va ca phé; 3 mon
an la: phd, bdn va chéo; 2 mén trdng miéng la: banh ngot va stta chua.

a. V& so do hinh cay biéu thi cac cach chon khau phan an gém du ba loai: d6 udng,
moén an va mon trang miéng.

b. Tinh s6 cach chon khau phan an gom: 1 d6 udng, 1 mén an va 1 mon trang
miéng.

Loi giai

a)

B4 i, 46 uéng, mon tring mifng

m

Binh ngot sira chua

Tra sita Caphé Tri sira Ca phé

AN N

Ban  Phi Chio B0 Phi  (Chip  Dum Phé  Chio Bim Phé  Chio




b. S& cach chon khau phan idn gom: 1 d6 udng, 1 mén an va 1 mén trang miéng 13

2.3-2=12(céch).

Bai toan thuc té 61
[Chuyén dé 11: Pai s6 té hop cau 7]
Gia dinh ban Duong dy dinh chon mét dia diém du lich & Quy Nhon (Binh Pinh)

hodc Pa Ning. Néu chon Quy Nhon thi ¢6 5 dia diém tham quan (Hinh 2), néu chon Pa
Ning thi c6 7 dja diém tham quan (Hinh 3). Hoi gia dinh ban Duong c6 bao nhiéu cach

dé chon mot dia diém tham quan?

hién:

Hinh 2 Hinh 3
Loi giai

Néu chon Quy Nhon thi ¢6 5 cach chon mét dia diém tham quan.

Néu chon Da Néng thi c6 7 cach chon mét dia diém tham quan.
Viy gia dinh ban Duong c6 5+7 =12 cach chon mot dia diém tham quan.
Bai toan thuc té 62

[Bai 1 trang 24 Toan lép 10 Tap 2]

M6t thung chtra 6 qua dua hau, mot thung khac chira 15 qua thanh long.

Tur hai thung nay,
a. C6 bao nhiéu cach chon mét qua dwa hau hoic mot qua thanh long?
b. C6 bao nhiéu céch chon mot qua dua hau va mot qua thanh long?
Loi giai
a. Cong viéc chon mot qua dua hau hodc mot qua thanh long c¢6 2 phuong an thuc

- PA1: Chon 1 trong 6 quéa dwa hau = ¢6 6 cach chon
- PA2: Chon 1 trong 15 qua thanh long = ¢6 15 cach chon.



= Ap dung quy tic cong c6: 6 + 15 = 21 cach chon mét qua dwa hiu hoic 1 qua
thanh long trong thung.

b. Cong viéc chon mét qua dua hiu va mot qua thanh long gdom 2 céng doan thyc
hién:

- CP1: Chon 1 qua dua hiu trong 6 qua dwa hau = c6 6 cach chon

- CP2: Chon 1 qua thanh long trong 15 qua thanh long = ¢6 15 céach chon.

= Ap dung quy tic nhan cd: 6.15 = 90 cach chon mot qua dwa hau va mot qua
thanh long

Bai toan thuc té 63

[Chuyén dé 11: Dai s6 t6 hop cau 51]

Mot t6 ¢6 8 hoc sinh gom 4 nit va 4 nam. C6 bao nhiéu cach xép cac hoc sinh
trong to:

a) Thanh mét hang doc?

b) Thanh mot hang doc sao cho nam, nir dirng xen k& nhau?

Loi gidi

a) C6 81=40320 cach xép.

b) Vi s6 luong nam va nit bang nhau nén c¢6 hai trudng hop: nam dirg dau hang
hoac nir dimg dau hang.

S6 cach xép néu nam dimg dau hang la 41.41=576.

S6 cach xép néu nit ding dau hang 1a 41.41=576.

Vay sd cach xép mot hang doc sao cho nam, nit dang xen k& nhau la
576 +576 =1152.

Bai toan thuc té 64

[Bai 1 trang 32 Toan 10 Tdp 2 Chan troi sang tao]

Can xép mot nhém 5 hoc sinh ngdi vao mot day 5 chiéc ghé.
~ >

A

:‘ ‘

(1LY

a. C6 bao nhiéu cach xép?
b. Néu ban Nga (mét thanh vién trong nhém) nhat dinh mudn ngdi vao chiéc ghé
ngoai clng bén tréi, thi c6 bao nhiéu cach xép?
Loi gidi



a. M3i cach xép 5 hoc sinh vao 5 chiéc ghé 1a 1 hoan vi ctua 5 hoc
sinh
= C0:5!=5-4-3-2-1=120 (cé&ch)

b.- CDB1: Xép Nga vao chiéc ghé ngoai cting bén trai = c6 1 cach xép.

- CD2: Xép 4 hoc sinh con lai vao 4 chiéc ghé con lai 1 1 hoan vi caa 4 hoc sinh
= CO0: 41=4.3.2-1=24(cach)

= Ap dung quy tic nhan, co: 1.24 24 = cach xép thoa man yéu cau dé.

Bai toan thuc té 65

[Chuyén dé 11: Pai s t6 hop cau 58]

Trong mét budi ki niém ngay thanh Iap trudng, bi thu DPoan truong can chon 4 tiét
muc tir 6 tiét muc hat va 4 tiét muc tr 5 tiét muc mia roi xép thir ty biéu dién. Hoi co
bao nhiéu cach chon va xép thir tu sao cho cac tiet muc hat va muaa xen ké nhau?

Loi gidi

Gia sir cac tiét muc duoc biéu dién danh sé thi tu tir 1 dén 8. Vi sb luong tiét muc
hat va mia bang nhau nén c6 hai trudng hop:

Truong hop 1: Tiét muc hat dién ra dau tién

Khi d6, cac tiét muc héat ¢d so thi tu 12 s6 16, con cac tiét muc mua cd sb thi tu 1a
s6 chin. Nhu vay, thir tu cua cac tiét muc maa va hat duoc ¢ dinh, chi thay doi thi ty
giira cac tiét muc mua, hoic gitra c4c tiét muc hat.

Chon 4 tiét myc hét tir 6 tiét muc hat va xép thir tw c6 A* =360 (cach).

Chon 4 tiét muc mua tir 5 tiét muc mia va xép thir tw 6 A? =120 (cach).

Khi d6, sb cach chon va xép thtr ty cac tiét muc vin nghé trong truong hop tiét
muc hét dién ra dau tién 1a: 360.120 = 43200

Trwong hep 2: Tiét myuc mua dién ra dau tién

Tuong tu, 6 cach chon va xép thir tu cac tiét muc vin nghé trong trudng hop tiét
muc mia dién ra dau tién la: 120.360 = 43200.

Vay sb cach chon va xép thtr ty cac tiét muc vin nghé sao cho céc tiét muc hét va
mua xen ké nhau la: 43200+ 43200 = 86400.

Bai toan thuc té 66

[ Bai 5 trang 44 SBT Toan 10 Chan troi sang tao]

Chon 4 trong 6 giéng hoa khac nhau va trong trén 4 manh dat khac nhau dé thir
nghiém. Cé bao nhiéu cach thuc hién khac nhau?

Loi gidi
MJi céch chon 4 trong 6 giong hoa khac nhau va trong trén 4 manh dat khac nhau

la mot chinh hop chap 4 cta 6 gidng hoa. Do d6, s6 cach thuc hién 1a A = % =360.

Bai toan thuc té 67
[ Chuyén dé 11: Pai 6 t6 hop cau 76]



Mat khau caa may tinh 12 mot day céc ki tu (co ké tha tu tir tréi qua phai) duoc
chon tir: 10 chir sb, 26 chit cai in thudng, 26 chir cai in hoa va 10 ki tu dic biét. Ban
Ngan mudn 1ap mot mat khau cia may tinh c6 do dai 1a 8 ki tu bao gom: 4 ki tu dau
tién 1 4 chir s6 d6i mot khac nhau, 2 ki ty tiép theo 1a chit cai in thuong, 1 ki tu tiép
theo nira la chix cai in hoa, ki tu cudi cung 1a ki tu dic biét. Ban Ngan c6 bao nhiéu cach
lap mot mat khau caa may tinh?

Loi gidi

Ban Ngan c6 sé cach 1ap mat khau may tinh la:

AL .CL-CL.CL-CL =885830400 (cach)

Bai toan thuc té 68

[Bai 5 trang 32 Toan lop 10 Tdp 2]

Mot nhém gdm 7 ban dén trung tdm cham séc ngudi cao tudi 1am tir thién. Theo
chi dan cuaa trung tdm, 3 ban hd tro di lai, 2 ban hd tro tam ria va 2 ban hd tro an udng.
C06 bao nhiéu cach phan cdng cac ban trong nhém lam céac cong viéc trén?

Loi gidi

Viéc phan cong cac ban trong nhdm lam cac cong viéc theo chi dan cua trung tam
gom 3 cong doan:

- CP1: Chon 3 ban hd trg di lai trong 7 ban dén trung tam la mét té hop chap 3
cua 7.

= CO: C? =35 (céch chon)

- CP2: Chon 2 ban hd tro tam ria trong 6 ban con lai 1a mot t6 hop chap 2 caa 7

= CO0: C. =21 (cach chon)

- CP3: Chon 2 ban hd tro dn udng trong 5 ban con lai 1a mot té hop chap 2 cua 5

= C06: C2 =10 (céch chon)

= Ap dung quy tic nhan cd: 35-21.10 = 7350 cach chon thoa man yéu cau de.

Chu dé 6. XAC SUAT

1. Céc kién thirc can nam
< Phép thiz ngau nhién va khéng gian mau
- C6 nhitng phép thir ma ta khong thé doan trude duoc két qua cua nd, mac du da
biét tap hop tat ca cac két qua cé thé c6 cua phép thir d6. Nhitng phép thtr nhu thé goi
la phép thtr ngau nhién (goi tat 1a phép thi).
- Tap hop Q cac két qua cd thé xay ra ciia mot phép thir goi 1a khéng gian mau
cua phép tha do.
% Bién co va xac sudt cua bién co
- Bién ¢6 ngau nhién (goi tat Ia bién cb) 1a mot tap con caia khdng gian mau.



- Xét phép thar T voi khong gian mau 1a Q. Mdi bién cb 1a mot tap con cua tap
hopQ.

Vi thé, tap rdng @ ciing 1a mot bién cé, goi 1a bién cb khong thé (goi tit 1 bién
cb khong). Con tap hop Qgoi 1a bién ¢ chic chan.

- Tap con Q\ Axéac dinh mot bién cd, goi 1a bién cé dbi cua bién cd A, ki hiéu 1a
A.

- Xét phép thir chi c6 mot sb hiru han két qua c6 thé xay ra va kha ning xay ra cua
ting két qua 1a gidng nhau. Goi Q 1a khéng gian mau caa phép thu d6. Khi d6, véi moi
bién cb A, ta co dinh nghia c6 dién cua X&c suat nhu sau:

Xac suat cua bién co A, ki hiéu 1a P(A), bang ti s6 % & d6 n(A),n(Q) lan luot
VU VT X . n(A)
la s6 phan tr cua hai tap hop A va Q. Nhu vay: P(A) = @

% Tinh chdt cua xac sudt
Xét phép thir T voi khong gian mau la Q. Khi do, ta co céc tinh chat sau:
- P(@)=0;P(Q) =1
- 0< P(A) <1vé6i mdi bién cb A;

- P(A) =1-P(A)Vvéi mdi biéncd A.

2. Céc bai toan thuec té
Bai toan thuc té 69
[Toan 10 Bai 1 trang 45 Tdp 2 — Céanh diéu]
Tung mot ddng xu hai lan lién tiép. Tinh xac suat cua bién cd "Két qua cua hai
lan tung Ia khac nhau".
Loi gidi
Taclo: Q={SS;SN;NS;NN}nén n(Q)=4
Céc két qua thuan loi cho bién co Ala: SN,NSnén n(A)=2
, . 1 n(A) 2 1
Vay x&c xuat cua bién co la: P(A) = n(A) =—==
nQ 4 2
Bai toan thgc té 70
[Toan 10 Bai 4 trang 45 Tdp 2 — Céanh diéu]
Gieo mét xuc xac hai lan lién tiép. Tinh xé4c suat cua mdi bién cé sau:

a) "Tong s6 cham xut hién trong hai lan gieo khong bé hon 10 ";
b) "Mt 1 cham xuat hién it nhat mot lan".
Loi gidi



Khong gian mau trong trd choi trén 1a tap hop Q:{(i; j)i,i=12345, 6} .

Vay n(Q)=36.

a) Goi E 1a bién ¢ "Tong s6 chdm xuat hién trong hai lan gieo khéng bé hon 10
. Cac két qua thuan loi cho bién cb Ela (55),(5:6),(6;5),(6,6), tic la
E={(55).(5:6).(6:5),(6;6)}. Vi thé, n(E)=4.
nE)_4 _1
nQ) 36 9

b) Goi G la bién c6 "Mat 1 chim xuat hién it nhat mot 1an". Cac két qua thuan loi
cho bién cb Gla: (11),(L2),(L3).(L4).(L5),(L6).(21),(31). (4:1)(5:1).(6:1)., tirc Ia

={(L‘1),(:L' 2),(];3),(];4),(];5),(];6),(2;1),(3;1)(4;1),(5;1),(6;1)} . Vi thé, n(G)=11.
nG) 11

Vay xac suit cua bién ¢d Gla: P(G)=—2 ===
Y ! (©) n(Q) 36

Vay x4c suit cua bién cé la: . P(E) =
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[ SBT Toan 10 Bai 25 trang 42 Tdp 2 — Canh diéu]

Gieo mot xUc xac hai 1an lién tiép. Tinh xac suat cua mdi bién cé sau:

a) A: "Lan thir hai xuat hién mat 5 cham";

b) B: "Téng s6 cham xuat hién trong hai Ian gieo bang 7 ";

¢) C: "Tong sé cham xuat hién trong hai lan gieo chia hét cho 3";

d) D: "S6 cham xuat hién lan tha nhat 1a s6 nguyen t6";

e) E: "Sé cham xuat hién lan thir nhat nhé hon s6 chim xuét hién 1an thir hai™".
Loi gidi

Khéng gian mau c6 36 phan tu.

a) A={(i;5)i=12,3,4,56 . Suy ra n(A)=6. Vay P(a) _%

b) B={(16);(6;1);(25);(5:2):(3:4);(4:3)} . Suy ra n(B)=6.

Vay P(B) :%.

€) C={(12):(21):(15):(5:1):(2:4):(4:2):(3:3):(3:6):(6:3):(4:5):(5:4):(6:6)} -

Suy n(C)=12. Vay P(C)=%.

D ={(2:1);(2:2):(2:3):(2:4):(2:5):(2:6):(3:1);(3:2):(3:3):(3:4);
(3:5):(3:6):(5:2):(5:2):(5:3):(5:4): (5:5):(5:6 ) |
1

d)

Suy ra n(D) =18. Vay P(D) =

2
E ={(1.2);(1:3); (:4): (15); (1:6);(2:3):(2:4):(2:5):(2.6):(3:4);
6)}

) (35):(3:6); (4:5):(4:6):(5



Suy ra n(E)=15. Vay P(E):%.
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[ Toan 10 Bai 3 trang 52 Tép 2 — Canh diéu]

Hai ban nit Hoa, Thao va hai ban nam Diing, Huy duoc Xép ngdi ngau nhién vao
bon ghé dat theo hang doc. Tinh xac suat ciia moi bien co sau:

a) "Ban Thao ngdi ghé dau tién";
b) "Ban Thao ngdi ghé dau tién va ban Huy ngdi ghé cudi cing".
Loi gidi

M3i cach xép 4 ban ngdi vao bon ghé 1a mot hoén vi caa 4 phan tir. Vi vay, khong
gian mau Q gém céac hoan vi caa 4 phan tir va n(Q) =41=24.

a) Goi A la bién ¢ "Ban Thao ngoi ghé dau tién". Vi ban Thao ngdi ghé dau tién
nén chi xép 3 ban con lai vao ba ghé sau. Do d6, tap hop Agom cac hoan vi cua 3 phan
tr VA n(Q) =31=6.
nA 6 1
nQ) 24 4

b) Goi B 1a bién cb "Ban Thao ngdi ghé dau tién va ban Huy ngdi ghé cudi cing”.
Vi ban Thao ngdi ghé dau tién va ban Huy ngdi ghé cudi cung nén chi xép 2 ban con
lai vao hai ghé ¢ gitra. Do d6, tap hop B gdom cac hoan vi cta 2 phan tir va n(Q) =21=2

Vay xac suat cua bién cd Ala: P(A) =

Vay xac suat caa bién ¢ B 1a: P(B) = ne_2_1
nQ) 24 12

Bai toan thuc té 73

C6 3 bong hoa mau trang, 4 bong hoa mau vang va 5 bong hoa mau doé. Nguoi ta
chon ra 4 bong hoa tir cac bong hoa trén. Tinh xac suat cua bién c¢b "Bon bong hoa chon
ra co ca ba mau".

Loi gidi

MJi cach chon ra ddng thoi 4 bong hoa 1a mét to hop chap 4 cia 12 phan tir. Do
d6, khong gian mau Q gom céc to hop chap 4 cia 12 phan tir va n(Q) =C/, = 495.

Goi A 13 bién ¢ "Bén bdng hoa chon ra c6 ca ba mau". Co 3 trudng hop xay ra:

Truong hop 1: Chon ra 2 bong hoa mau trang, 1 bong hoa mau vang, 1 béng hoa
mau do.

S cach chon ra 2 bong hoa mau trang 1a: C2 =3.

S6 céch chon ra 2 bong hoa mau tring, 1 bong hoa mau vang, 1 bong hoa mau do
la: 3.4.5=60



Trudng hop 2: Chon ra 1 bdng hoa mau tring, 2 bong hoa mau vang, 1 bong hoa
mau do.

S6 cach chon ra 2 bong hoa mau vang la: C2 =6.

S6 cach chon ra 1 bong hoa mau tring, 2 bong hoa mau vang, 1 bong hoa mau do
la: 3.6.5 =90.

Truong hop 3: Chon ra 1 bong hoa mau tring, 1 bong hoa mau vang, 2 béng hoa
mau do.

S6 cach chon ra 2 bong hoa mau do 1a: C2 =10.

S6 cach chon ra 1 bong hoa mau tring, 1 bong hoa mau vang, 2 bong hoa mau do
la: 3.4.10=120

Tap hop A bao gém cac phan tir 1a cac kha ning cua tat ca truong hop 1,2,3 va
n(A) =60+90+120=270.

Vay xac suét cua bién cd A 1a: P(A) = nA) _270 6
n(Q) 495 11
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[ SBT Toan 10 Bai 32 trang 48 Tdp 2 — Canh diéu]
C6 20 tim thé mau xanh, 30 tim thé mau d6. Ngudi ta chon ra dong thoi 18 tim
thé. Tinh xé4c suat caa bién cd A : "Trong 18 tam thé duoc chon ra c6 it nhat mot tam
thé mau xanh".

Loi gidi

MJi céch chon 18 tim thé tir 50 tam thé 1a mot té hop chap 18 cua 50 phan ti.
Vay khong gian mau Q ¢ s6 phan tir 1a: n(Q) =CZ.

Xét bién cb A: “Trong 18 tim thé duoc chon ra, khdng cd tim thé mau xanh nao"
la bién c6 ddi cua bién cd A.

Vi khdng cé tim thé mau xanh nao nén 18 thé chon ra phai c6 mau do nén sé phan
tir coa bién cd A la c22.

o PR — A cL

Vay x&c suat caa bien co A la: P(A)=1-P(A) =1—M =1-—22.
n(Q) Cso
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[ SBT Toan 10 Bai 34 trang 48 Tdp 2 — Canh diéu]

Xé&p ngau nhién 6 ban An, Binh, Cudng, Diing, Pong, Huy vao mét ddy hang doc.
Tinh xac suét cua cac bién cd sau:

a) A: "Ban Diing ludn dtng lién sau ban Binh".
b) B: "Ban Binh va ban Cudng ludn ding lién nhau".
Loi gidi



Xép 6 ban theo mot hang doc c6 6!'=720 cach nén sb phan tir caa khdng gian mau
Q 1a 720.

a) Vi ban Diing ding lién sau ban Binh nén ta c6 thé coi 2 ban d6 1a 1 ban. Nhu
vay, chi con xép chd cho 4 ban va 1 ban "Binh - Diing". Suy ra s6 cach xép cac vi tri
dung hay so phan tu caa bien co A 1a: 5'=120.

Vay xac suat cua bién cb A 1a: P(A) = nA) _120 1

nQ) 720 6

b) Vi ban Binh va ban Cuong luén ding lién nhau nén ta co thé coi 2 ban d6 1a 1
ban, tuy nhién ¢6 hai truong hop 1a ban Binh dirng trudc hoac ban Cuong ding trudc.
Nhu vay, s6 cach xép céc vi tri dang hay sé phan tir cia bién ¢ B 1a: 2.5!1=240.

Vay xac suat cua bién c¢6 B 1a: P(B) = ne) _240 1

nQ) 720 3
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[Toan 10 Bai 9.5 trang 82 Tdp 2 — Két nai tri thirc]

Hai ban An va Binh mdi nguoi gieo mét con xUc xac can ddi. Tinh xac suét dé:

a. S& cham xuét hién trén hai con xuc xic bé hon 3;

b. S6 cham xuat hién trén con xic xac ma An gieo 16n hon hoic bang 5;

c. Tich hai sé cham xuét hién trén hai con xuc xac bé hon 6;

d. Tong hai s6 cham xuét hién trén hai con xuc xic 1a mot sé nguyén tb.

Loi gidi

Do gieo mot con xdc xac thi s6 cham xuat hién cé thé 1a 1,2,3,4,5,6 nén khi gieo

2 con xuc xac thi sé kha ning xay ra la n(Q) =6.6=36.

1 2 3 4 5 6

(1;1) (1;2) (1:3) (1;4) (1:5) (1:6)
(2;1) (2:2) (2:3) (2:4) (2:5) (2:6)
(3;1) (3:2) (3:3) (3:4) (3:5) (3:6)
(4;1) (4,2) (4:3) (4,4) (4:5) (4,6)
(5:1) (5:2) (5:3) (5:4) (5:5) (5:6)
(6;1) (6;2) (6:3) (6;4) (6;5) (66)

a. Bién cd A: "S6 chadm xuét hién trén hai con xdc xic bé hon 3 .
Céc két qua thuan loi ciia A 1 (£1),(12),(2,2),(22).
nA) 4 1
nQ) 36 9
b. Bién ¢ B: "S6 cham xuat hién trén con xuc xac ma An gieo 16n hon hoic bang
5",
Céac két qua thuan loi cua B la;

(5:1),(5:2),(5:3),(5:4).(55).(5:6).(6;1),(6;2),(6;3), (6 4),(6;5),(6;6)

N(A) =4 = P(A) =



nB) 12 1
n(<) 36 3

c. Bién c6 C: "Tich hai s6 chAm xuét hién trén hai con x(c xic bé hon 6 .

Céc két qua thuan loi cua C la: (11),(12),(13),(14),(15),(22),(32),(41),(51)

n(B)=12. Vay P(B) = ——

n(C) i 1
nQ) 36 4
d. Bién cb : "Téng hai sé chAm xuat hién trén hai con xdc xac 1a mot sé nguyén
t6", D

n(C)=9= P(C) =

Céac két qua thuan loi cua D la;
(12).(:2),(20), (:4), (4:0), (16), (6:2), (2:3):(2:5),(3:2).(5:2).(34). (4:3), (5:6) (6:5);
D) _15_5

n(D)=15=> P(D) = ——~ ) 3612
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[ Toan 10 Bai 9.9 trang 86 Tdp 2 — Két nai tri thiic]

Gieo lién tiép mot con xuc xic va mot dong xu.

a. V& so do hinh cay mé ta cac phan tir cua khéng gian mau.

b. Tinh x&c suit cua céc bién cé sau:

F: "Pong xu xuat hién mat ngira";

G: "Pdng xu xuat hién mat sap hoac sé chAm xuat hién trén con xuc xac la 5".
Loi gidi

a. Ki hiéu S 1a mat sap, N 1a mat ngua.

n(Q) =12



b.
- Bién cd F, cac két qua thuan loi cho bién co F 1a: {N1;N2;N3;N4;N5; N6}
=n(F)=6

6 1

- Bién ¢d G, cac két qua thuan loi cho bién ¢6 G 1a: {S1,52;53;54;S5;56;N5)
=n(G)=7
.

= P(G) = o
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[Toan 10 Bai 9.22 trang 89 Tdp 2 — Két nai tri thiic]

Chon ngau nhién 4 vién bi tir mot tai dung 4 vién bi do va 6 vién bi xanh d6i mot
khac nhau. Goi A 1a bién cb: "Trong bén vién bi d6 c6 ca bi do va ca bi xanh". Tinh
P(A) va P(A).

Loi gidi

Chon 4 vién bi tir 10 vién bi, thi s6 cach la: C; =210 céch.

n(Q) = 210

Xeét bién cb , dé c6 ca d6 va xanh thi c6 cac truong hop sau: A

- Truong hop 1: ¢6 1 xanh, 3 d6, s6 cach la: 6.C7 =24

- Truong hop 2: ¢6 2 xanh, 2 do, s6 cach la: C2.C2 =90.

- Truong hop 3: ¢6 3 xanh, 1 do, s6 cach la: C2.4=80.

N(A) = 24+90+80 =194 = P(A) = 2% _ 97 _ p(a)=1-P(A) = -

210 105 105
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[Pé thi HK2 mén Todn 10 KNTT ndm 2022-2023 trwong THPT Hupnh Mdn Dat]

C6 3 chiéc hop, A hop chtra 1 chiéc bat xanh, 1 chiée bat do; B hop chaa 1 chiée
but do, 1 chiéc bat tim; C hop chaa 1 chiée bat do, 1 chiéc but tim. LAy ra ngau nhién
tir mdi hop 1 chiéc but.

a) Hay vé so do hinh ciy dé md ta cac két qua co thé xay ra.

b) Tinh xac suat cua bién ¢ A: “Trong 3 but 1y ra c6 ding 1 but do”.

Loi gidi

a) Ki hiéu X 1 bat xanh, D 1a bat do, T 1a bat tim.

Céc két qua cd thé xay ra Hop A trong 3 1an lay bt c6 thé dugc mo ta Hop B bai
so d6 hinh cay & bén.



b) C6 tat ca 8 két qua co thé xay ra, Két qua trong d6 c6 3 két qua thuan loi cho
bién
ch A.Vay p(A)zg.
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[Toan 10 Bai 3 trang 85 Tgp 2 — Chén troi sédng tao]

Hop thir nhat dung 1 thé xanh, 1 thé do va 1 the vang. Hop tha hai dung 1 thé xanh
va 1 thé do. Cac tim thé co kich thudc va khéi luong nhu nhau. Lan luot Iy ra ngau
nhién tir méi hop mot tam the.

a. Str dung so do hinh cay, liét ké tat ca cac két qua co thé xay ra.

b. Tinh xé4c suat cua bién cd "Trong hai thé 14y ra ¢ it nhat mot thé do".

Loi gidi
a. Cac két qua co thé xay ra dugc thé hién ¢ so d6 cay sau:
Hop 1 Hép 2 Két qua
X X-X
X
b X-b
X p-X
b
b b-b
X V- X
A
B V-B

Vay c0 tat ca 6 két qua co thé xay ra 1a: Q={Xanh - xanh, xanh - do, d6 - xanh, do
- do, vang - xanh, vang - do}.

b. Goi A 1a bién cb "Trong hai thé 13y ra c6 it nhat mot thé mau do".

Tir so do cay ta thay, A ={Xanh - do, do - xanh, d6 - do, vang - 46} =n(A)=4=
Xa&c suat dé xay ra bién ¢ la: P(A) = g _2

Chii @ 7. HE THU'C LUQONG TRONG TAM GIAC

1. Céac kién thirc can nim
¢ Dinh li cbsin trong tam giac



V&i moi tam giac ABC, néu dat BC =a,CA=b, AB =c thi ta ludn c6:
a’ =b” +c”—2bccos A
b? =c®+a’ —2cacosB
¢’ =a’+b®—2abcosC

% Dinh i sin trong tam giac
V&i moi tam giac ABC, dat BC =a,CA=b, AB =c, taco: _a = _b = _C =
sinA sinB sinC

, trong d6 R 1a ban kinh dudng tron ngoai tiép tam giac ABC.
¢+ Cac cong thuc tinh dign tich tam giac
S :lah :lahb :lah ;
2 ¢ 2 2 ¢

S :labsinC :%bcsinA :%casinB;

_abe,
4R’
S=pr;

s=\p(p-a)(p-b)(r-c)

CA4c bai toan thuc té
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[ Bai 3.10 trang 39 SBT Toan 10— Két nai tri thic]

Mot tau c& xuat phét tir dao A, chay 50 km theo huéng N24°E dén dao B dé liy
thém ngu cu, roi chuyén huéng N36°W chay tiép 130 km dén ngu truong C.

a) Tinh khoang cach tir vi tri xuat phat A d¢én C (1am tron dén hang don vi, theo

don vi do kilomét).
b) Tim huéng tr A dén C (1am tron dén hang don vi, theo don vi do).
Loi gidi
Ba vi tri dao A, dao B va ngu truong C dugc mo ta nhu hinh vé dudi day:



Nguw truong
N C

) N24°E
N36°W

o E

/
A

Pao A

a) Tur gia thiét suy ra ABC =(90"—24")+(90"~36)=120". Ap dung dinh Ii
cbsin cho tam giac ABC ta dugc

AC?>=AB’>+BC*-2-AB-BC-cosABC = 2500+16900—2~50~130~(—%J =25900

Suyra AC =104259 =161(km).
b) Ap dung dinh li sin cho tam gia&c ABC ta duogc

sinCAB = E -sin ABC ~ 0,6993.
AC

Suy ra CAB =44" va do d6 AC chénh vé huéng tdy mot goc 44" —24° =20" so
Vv6i phuong bac.

Vay huéng tir A t6i C 1a N20'W .
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[Bai 3.10 trang 43 SGK Toan 10- Két nai tri thiic]

T bi bién Viing Chua, Quang Binh, ta c6 thé ngam duoc Dao Yén. Hay dé xuat
mot cac xac dinh bé rong cia hon dao (theo chiéu ta ngam dugc).



Ddo Yén, nhin tii bai bién Vii chita, Qudng Binh

Loi gidi
+ Buoc 1:

Panh dau vi tri quan sat tai diém A, chiéu rong caa hon dao ki hiéu 1a doan BC.

Goi H 12 hinh chiéu cua A trén BC.
Trén tia dbi cua tia AH, lay diém M , ghi lai khoang cach AM =a.

B

+ Buoc 2:
Tai A, quan sat dé xac dinh cac goc BAC = a, HAC = 3.
Tiép tuc quan sét tai M , xac dinh goc HMC =y .
+ Buoc 3: Giai tam gidc AMC , tinh AC.

AM = a, AMC = HMC = y
va MAC =180 — B = ACM =180 -y —(180" - B)= S~y
Ap dung dinh dinh Ii sin trong tam giac AMC ta co:

AC

. =— = AC =siny -
sSinAMC sinACM

4
sin(f—y)

+ Buéc 4:
ABC =90'—HAB =90 —(a— f5)



Ap dung dinh Ii sin cho tam giac ABC ta co:

BC AC siny
= = BC =sina - sin(f - 7)

sinA  sinB sin(90° —(a —,8)) '

Bai toan thuc té 83
[ Bai 3.8 trang 42 Toan 10- Két nai tri thic]
M6t tau danh ca xuat phat tir cang A, di theo huéng S70°E véi van tbc 70km/ h
. Bi duoc 90 phut thi dong co cua tau bi hong nén tau tréi tu do theo hudng nam véi
van téc 8km/h. Sau 2 gid ké tir khi dong co bi hong, tau neo ddu duwgc vao mot hon
dao.
a) Tinh khoang céch tir cang A t6i dao noi tau neo dau.
b) Xac dinh hudng tir cang A téi dao noi tau neo dau.
Hudng So’E la huong tao voi hudng nam
goc «° va tao voi huong déng goéc 90° — o,
Cac hudng Sa®W, No®°E, Na®W ciling duoc
dinh nghta mét cach tuong tu.
Na"W - N - Na°E

5 ’

. ’ N: huéng bac
S« o’
\ o s
s D’ S: huéng nam
Fa h -
we S >E W: huéng tay
\
AT [N E: hudng déng
g Ry
Sau*W S Sa’E
Loi gidi

a) Tinh khoang céch tir cang A téi dao noi tau neo dau.

N




Trong d6: B 1a noi dong co bi hong, C 1a vi tri neo dau cua tau trén hon dao.
Khoang cach tir cang A t&i dao noi tau neo dau la doan AC ( hay b)

Ban dau tau di chuyén theo thuéng S70°E nén BAS =70°. Sau khi dong co bi
hong, tau tr6i theo huéng Nam do d6 BC song song Vi
AS.= ABC =180 —BAS =110

Quang duong tau di duoc sau 90 phut hay 1,5 gio (ngay trudc khi hong dong co)
la: 70.1,5=105(km) hay c¢=105.

Quiang dudng tau troi ty do 1a: 8-2=16(km) hay a=16.Ap dung dinh Ii cosin
cho tam giac ABC ta co:

b’ =a’ +c* —2accosB=b* =16> +105° —2-16-105-cos110" ~12150,632 = b ~ 110,23

Vay khoang céch tir cang A tGi dao noi tau neo dau la khoang 110,23km .
b) Xac dinh hudng tur cang A t61 ddo noi tau neo dau.
Theo so d6, hudng tir cang A ti dao noi tau neo dau la Se’E véi o = CAS .
Ap dung dinh Ii sin cho tam giac ABC ta co:

a b c . a-sinB
sinA:sinB:siansmA: b
Ma B=110;b~110,23;a=16.

16-sin110°

—sinA=———"""" %0136 A z7,84°( do A<90°)
110,23

=a =70 -7,84 =62,16 .

Vay huéng tir cang A t6i dao noi tau neo dau 1a $62,16 E .
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[ Bai 19 trang 80 Toan 10- Canh diéu]

LUc 6 gid sang, ban A di xe dap tir nha ( diém A ) dén truong ( diém B)) phai leo
1&n va xudng mét con déc ( Hinh ). Cho biét doan thang AB dai 762m,A=6 ,B=4".

a) Tinh chiéu cao A cua con doc theo don vi mét (1am tron két qua dén hang don

Vi).
b) Hoi ban An dén truong ldc may gio? Biét rang téc do trung binh Ién déc 1a
4km/h va tdc d6 trung binh khi xuéng déc 1a 19km/h.
C

A,//j

H
Loi gidi



a) Xét tam giac ABC tac6: ACB=180 -6 —4" =170".

e C 2
| m———1 II IT ————1 [}
H
=1 P
762 m
Ap dung dinh 17 sin ta c6: 2 = AC _ 4o ABSINB_762sind 56 my .
sinC sinB sinC sin170

Xét tam giac vubng AHC ta c6 h = CH = ACsin A ~306sin6 ~32(m).
Vay chiéu cao con déc 1a khoang 32 m .

BC _ AB :>BC:7§251n? ~459(m).

b) Ap dung dinh Ii sin ta c6: — ,
sinA  sinC sin170

Taco: AC =306m =0,306km;CB ~459m =0,459km.

Nhu vdy, thoi gian ban An di tir nha dén truong 1a:

o AC N CB - 0,306 N 0,459

4 19 4 19

Vay ban An dén truong Iic khoang 6 gio 6 phit.

Bai toan thuc té 85

[ Vdn dung 1 trang 76 SGK Toan 10- Chan troi sang tao]

Hai may bay cling cit canh tir mot san bay nhung bay theo hai huéng khac nhau.
Mot chiéc di chuyén véi toe d6 450km/ h theo hudng tay va chiéc con lai di chuyén
theo huéng hop voi hudng bac mot goc 25  vé phia tay voi toe do 630km/ h . Hoi sau
90 phut, hai may bay cach nhau bao xa? Gia sir ching dang ¢ cung d¢ cao.

Bic

A

~ 0,1 (gio) =6 (phat).

(o}
&,
Gz

I
, 50

-
» ;1" 450 kmh O
Hinh 5



Lai gidi

Goi O, A, B lan luot 12 vi tri san bay va hai may bay sau 90 phit.
Ta co:
OA = 450% =675(km); OB =630 % =945(km); AOB=90"—-25 =65".

AB’> =0A” +OB*> —2-OA-OB-cos AOB = 675> +945% —2-675-945-cos65 ~ 809495

Suy ra AB ~~/809495 ~900(km).

Vay sau 90 phut, hai may bay cach nhau khoang 900 km .

Bai toan thyc té 86

[ Bé bn tdp cuoi ky 1, 2024-2025, Trwong THPT Thanh Khé, tinh Pa Nang]

Trén n6c mot toa nha co cot ang-ten cao 5 m . Tur vi tri quan sat A cao 7 m so Voi
mat dat, c6 thé nhin thay dinh B va chan C cua cot dng-ten dudi goc 50" va 40° so véi
phuong nam ngang (nhuc hinh v&). Tinh chiéu cao cia toa nha (duoc lam tron dén hang
phan muoi).

ninioinin

ninignin

Loi gidi

Ta cé:
BAC=50"-40"=10",
ABC =90 —BAD =40
Ap dung dinh Iy sin trong tam giac ABC ta cO
BC AC
sinA sinB




L AC = BC.-smB _ 5-.s1n400 ~18.51.
sin A sinl0

Xét tam giac ACD vuéng tai D c6 CD = AC -sin40 ~11,9

Vay chiéu cao cua tdanha 1a: 11,9+7=18,9m.

Bai toan thuc té 87

[ Pé cuong cusi ki | THPT Ngb Quyén — Pa Nang]

a) Trong hé toa do Oxy, cho hai diém A(2;-3),B(3,-4) Biét M (x;y) trén truc
hoanh sao cho chu vi tam gidc AMB nho nhat. Gia tri cia x nam trong khoang nao sau
day?

b) Mot ngudi ding ¢ trén mot thap truyén hinh cao 352 m so véi mat dat, mu(}n
xac dinh khoang céch gitra hai cot moc trén mat dat bén dudi. Nguoi do6 quan sat thay
goc duoc tao boi hai duong ngam téi hai mée nay 1a 43°, goc gitra phuong thang dung
va duong ngam téi mot diém méc trén mat dat 1a 62° va diém dén moc khéac 1a 54°
(Hinh). Tinh khoang cach giita hai cot méc nay.

Loi giai
a) Tim gia trj cia x dé chu vi tam giac nho nhat

- Xéc dinh toa do cac diém

biém A(2;-3),B(3;—4) va M(x;y) (vi M thudc truc hoanh nén tung d¢ béng 0)

- Chu vi tam gidc AMB Ia tong d¢ dai ba canh:
P=AM + BM + AB

AM = ([(x—2)° +(0+3)° =(x~2)" +9
BM = /(x=3)° +(0+4) =/(x-3) +16
AB=(3-2) +(-4+3) =P+ =2

- Theo bat dang thirc tam giac, dé chu vi nho nhat, M phai nam trén dudng thang
di qua A va B, ttrc 1a M 1a trung diém caa doan thang ndi hai diém phan chiéu cua A va
B qua truc hoanh.




Toa d diém phan chiéu ciia A(2;-3) la A'(2;3)
Toa do diém phan chiéu cua B(3,—4) la B'(3;4)

Vi M nam trén truc hoanh nén vi tri ti wu cua M 1a trung diém caa A'B':

(5520 30)

Vay gia tri cua x Ia g hoac nam trong khoang gan do.

b) Tinh khoang cach giira hai cot méc

- Binh nghia céc dai luong

Chiéu cao thap: h=352m

Goc dén moc tha nhat: 43°

Goc dén méc thir hai: 54°

G6c giira phuong thang dimg va dudng ngam téi méc trén mit dat: 62°

Goi khoang cach tir chan thap dén:

+ Méc thir nhat la d,

+ Méc thir hai la d,

Ta tinh khoang céch:

d, = 352.tan 43° = 328,2m
d, =352.tan54° = 484,5m
D=d,—d, =484,5-328,2=156,3m

Vay khoang cach giita hai cot méc 1a: 156,3m

Bai toan thuc té 88

a) Cho tam giac ABC c6 cac dinh A(L1),B(2;4),C(10;-2). Tinh dign tich tam
giac ABC.

b) Hai dao A va B cach bo mot khoang AD =40 km va BD =30 km (nhu hinh
v&). Ngudi ta mudn dung mot tram phat song dén hai dao bang nhau. Biét khoang cach
gitra hai vi tri D va C la 70 km. Tinh khoang céch gitra hai dao?

Loi gidi




a) Tam giac ABC co cac dinh A(11),B(2;4),C(10;-2)

Cong thuc tinh dién tich tam giac khi biét toa d¢ la:
1
S ZE‘Xl(yZ _y3)+X2(y3_y1)+X3(y1_Y2)‘
Thay s6 vao ta co:
1
S= E\1(4—(—2))+2((—2)—1)+1o(1—4)\

= 1.30 =15
2
Dién tich tam giac bang 15 (don vi dién tich).
b) Tinh khoang céch gitra hai dao.
Cho AD =40 km, BD =30 km, CD =70 km
Ap dung dinh ly cos trong tam gidc ABD:
AB? = AD* + BD? —2AD.BD.cosé
AB? =1600 + 900 — 2400.cos &
AD’ + BD* —CD’ 40* +30° —70°  —2400
cosd = =C0SH = = =-1
2.AD.BD 2.40.30 2400
Viay 6=180° tuc 13 A, D, B thang hang va diém D nam giira hai dao.
Do d6 AB=AD+BD =40+30=70 (km)
Vi tram phat song dat sao cho khoang cach dén hai dao bang nhau, nén AB = BC
. Biéu d6 c6 nghia la tam giac ABD va BCD ddi xtng nhau qua duong phan giéc, tic
la AB=CD=70.
Vay khoang céch gitra hai dao la 70 km.
Bai toan thuc té 89
a) Trong mat phang toa do Oxy, cho AABC ¢ A(3;4),B(2;1),C(-L-2). Biét

diém M (a;b), (b > 0) trén duong thang BC sao cho S,g. =3S,,, . Tinh a+b.

b) Mot ngudi dan 6ng bat dau di bo tir diém A dén diém B, tiéo tuc di tir B qua C
roi quay lai A. Biét BAC = 60° va ABC =45°, AC =4 km (nhu hinh v&).
Tinh gan dung dén hang phan chuc quing dudng anh ta di bo budi sang (don vi km)




Loi giai
a) Ta co:

S e = % AH.BC

S o =%AH.BM — BC =3BM

SABC = SABM

Taco: BC =(-3,-3), M(a;b)
BM =(a-2b-1) (b>0)
*Truong hop 1: BC =3BM

500~ (o

*Truong hop 2: BC =—-3BM
{—3=—3(a—2) {a=3 (han)
Nnd a

—-3=-3(b-1) b=2
Taco
a+b=3+2=5
Vay a+b=5
b) Theo dinh i sin ta co:
a b c

sinA:sinB :sinC

a b 4
= — =— =—
sin45° sin60° sin45°
= a=5,46
—b=26

= a+b+C=546+26+4=14,36(km)

Vay quang dudng anh ta di bo budi sang 1a 14,36 km.



Bai toan thgc té 90

Hai tau danh c4 cung xuat phat tir bén A va di thing déu vé hai viing bién khac
nhau, theo hai huéng tao v&i nhau mot géc 75° . Tau thir nhat di voi tde do 8 hai If mot
gio va tau thir hai di vai toc d6 12 hai Ii mét gio. Hoi sau 2,5 gio thi khoang cach gitra
hai tau la bao nhiéu hai li (am tron két qua dén hang phan muoi)?

Coe B

1555

A
Hinh 7
’ Loi giai
Gia str sau 2,5 gio tau thir nhat ¢ vi tri B va tau thir hai ¢ vi tri C (Hinh 7)
Ta co:
AC =2,5.12=20 (hai Ii)
AB =2,5.8=20 (hai Ii)
Ap dung dinh Ii c6sin cho tam giac ABC ta co:
BC? = AB* + AC? —2AB.AC.cos BAC
= 20" +30° - 2.20.30.c0s 75° ~ 989, 42

— BC ~ /989,42 ~ 31,5
Vay khoang céch gitra hai tau sau 2,5 gio la khoang 31,5 hai Ii.

Bai toan thac té 91

A
.@Q@ 150 m
250 m LH
—Tx
B K

Hinh 26

Hinh 25

Quan st cay cau day vang minh hoa ¢ Hinh 25. Tai try cau cao nhat, khoang céch
tir dinh tru (vi tri A) t6i chan tru trén mat cau (vi tri H) 13 150m, do dai day vang dai
nhét néi tir dinh try xuéng mat cau (vi tri B)) 1a 300m , khoang cach tir chan ddy ving
dai nhat téi chan try trén mat cau 1a 250m (hinh 26). Tinh d6 déc caa cau qua tru noi
trén (1am tron két qua dén hang phan muoi theo don vi do).

Lo gidi

Do dbc cua cau la goc nghiéng giira duong cau qua tru va phuong nim ngang tic
la g6c KBH

Xeét tam giac ABH , ap dung dinh li cbsin ta c6 :



BH?+ AH? - AB? 2502 +150° — 3002 1
cos AHB = _ __ =t
2.BH.AH 2.250.150 15

= AHB = 93,8°
Xét tam giac BHK ta c6 :
HBK =~ 93,8°—90° ~ 3,8° (tinh chat g6c ngoai tam giéc).
Vay d6 doc cua cau qua try theo dé bai la khoang 3,8°

Chi dé 8. PHUONG PHAP TOA PQ TRONG MAT PHANG

1. Céc kién thirc can nim

% Phwong trinh tham sé Ciia dwong thang

- Hé {);:);0 i?)tt(az +b? >0 va t la tham s6 duoc goi 1a phuong trinh tham sé cua
—Jo
duong thang A di qua M, (X% Y,) Vanhan i =(a;b) lam vecto chi phurong.
< Phirong trinh tong quat cia dwong thang
- Phuong trinh ax+by+c=0 ( a va b khong dong thoi bang 0 ) duoc goi la
phuong trinh tong quéat cua dudng thang.
% Vi tri twong doi cua hai dwong thang
a) Trong mat phang toa do, cho hai duong thang A,,A, lan lugt cé vecto chi
phuong 1a U, U,. Khi do
- A, cat A, khi va chi khi 0,0, khong cung phuong.
- A, song song véi A, khi va chi khi G0, cing phuong va c6 mét diém thuoc
mot duong thang ma khong thude dudng thang con lai.
- A, tring véi A, khi va chi khi G,,0, cting phuong va c6 mét diém thuoc ca hai
duong thang do.
b) Cho hai duong thing A, vd A, c6 phuong trinh lan luot Ia:
ax+by+c =0;a,x+b,y+c,=0.

Xeét h¢ phuong trinh: {212);:%:;1%2100

Khi d6

- A, song song véi A, khi va chi khi hé (1) vo nghiém.
- A, tring véi A, khi va chi khi hé (1) c6 vé s nghiém.

% GOC giita hai dwong thang



Trong mat phang toa d9, cho hai duong thang A, va A, c6 vecto chi phurong 14n
luot la
|a,3, +byb,|
8 +b7 -\fa; +b}

G, =(ay;h ), U, =(a,b, ). Khi do Cos(Al,Az)z\/

% Khodng céch tir mét diém dén mét dwong thang
Trong mit phang toa do $O x y$, cho duong thing A c6 phuong trinh
ax-+by+c=0(a’+b*>0) va diém M(x;y,). Khoang cach tr diém M dén duong
_ |ax, +by, +c|

thang A, ki hiéu 1a d(M,A), dugc tinh bai cdng thic sau: d(M,A) = NS
s Duong elip
a) Pinh nghia
Cho hai diém F,,F, ¢ dinh c6 khoang cach F,F, =2c(c >0) . Buong elip (con goi
|2 elip) 14 tap hop cac diém M trong mat phang sao cho MF, + MF, = 2a, trong d6 a la
s6 cho trudc 16n hon ¢. Hai diém F, va F, duoc goi 14 hai tiéu diém cua elip.
b) Phuong trinh chinh tac
XZ y2
2

Phuong trinh chinh tic cua duong elip (E) 1a: a—+ b

> =1, trong d6 a>b>0.

F,(~c;0),F,(c;0) 1a hai tiéu diém, c? =a?—b?.
% DPuwong hypebol
a) Dinh nghia
Cho hai diém F,,F, c6 dinh c6 khoang cach F,F, = 2c(c > 0). Buong hypebol (con
goi la hypebol) 1a tap hgp cac diém M sao cho |MF, —MF,| = 2a, trong d6 a 1450 duong
cho truéc nho hon ¢ .Hai diém F, va F, dugc goi 1a hai tiéu diém cta hypebol.
b) Phuong trinh chinh tac

2 2
Phuong trinh chinh tic cua duong hypebol (H) Ia: X—2—§:1, trong do

QD

a>0,b>0. F(-c;0),F,(c;0) 1a hai tiéu diém, c? =a?+b?.
s Duong parabol

a) Pinh nghia

Cho mét diém F cd dinh va mot duong thang A ¢b dinh khong di qua F .

Puong parabol (con goi 1a parabol) 14 tap hop cac diém M trong mit phang céch
déu F va A. biém F duoc goi 1a tiéu diém cua parabol. Pudng thang A duoc goi 1a
duong chuan caa parabol.

b) Phuong trinh chinh tac



Phuong trinh chinh tic cua duong parabol (P) 1a: y* =2px(p > 0).F (g;oj la tiéu
diém, x +§ =0 la phuong trinh duong chuan A.

2. Céc bai toan thyec té
Bai toan thac té 92
[ Bai 7.9 trang 32 SBT Toan Iép 10- Két nai tri thic]

Nha ban Nam dinh ddi ta lanh va dy dinh ké vao vi tri dudi cau thang. Biét vj tri
dinh ké ta lanh c6 mat cat 1a mot hinh thang vudng véi hai day 1an luot 1a 150 cm va
250 cm , chiéu cao 1a 150 cm (nhw hinh v&). B6 me ban Nam dinh mua mét 250 cm ta
lanh 2 canh (Side by side) c6 chiéu cao 1a 183 cm va bé ngang 90 cm . Bang céch st
dung toa do trong mat phang, em hay gitp Nam tinh xem b me ban Nam c6 thé ké vira
chiéc ta lanh vao vi tri can ké khong?

250 cm
tu lanh

150 cm

150 cm
Loi gidi
Gan hé truc toa d6 Oxy nhu hinh vé.



C(0; 250)

B(150; 150)

2

O| 90 cmi
M  A(150; 0)

X

Khi d6 dé tan dung tbi da chiéu cao c6 thé khi ké tu lanh thi bé me ban Nam sé& ké
ta s&t vao truc Oy . Do d6 dé ké dugc mot chiée tu lanh 2 canh véi bé ngang 90 cm thi
chiéu cao caa ta phai nho hon tung d6 cua diém E thudc duong thang BC vai hoanh do
diém E bang 90 .

Tacd

B(150;150),C(0;250) = BC = (~150;100) = n, . = (100;150).

Phuong trinh duong thang BC Ia:

100(x—0)+150(y—250)=0<=2x+3y—-750=0

Piém E thuoc BC c6 hoanh d6 bang 90 nén tung do ciia E tinh theo cong thic

2.90+3y —750=0=y, =190.

Do 183cm <190cm nén bé me ban Nam c6 thé ké chiéc t lanh c6 bé ngang la
90 cm va chiéu cao 183 cm .

Bai toan thac té 93

[ Cau 5 Chuyén dé toan thuc té phirong phdp toa dg trong mdt phang toan
10]

C6 mot cdng vién nho hinh tam giac nhu Hinh 1 . Nguoi ta du dinh dat mot cay
dén dé chiéu sang toan bo cong vién. Bé cong viéc tién hanh thuan loi, ngudi ta do dac
va mo phong cac kich thudc cong vién nhu Hinh 2 . Thiét 1ap mot hé truc Oxy nhu Hinh
3, khi d6 cac dinh cua cong vién co toa d6 lan luot 14 A(0;3),B(4;0),C(4;7). Goi I 1a
diém dat cay dén sao cho dén chiéu sang toan bo cong vién. Vay can dit I & vi tri ¢o
toa d6 bao nhiéu?



| Tm

3m

4m

Hinh 1 Hinh 2 (ngudn: Google) Hinh 3

Loi gidi

- Viing ma cdy dén chiéu sang dugc biéu dién bang mot hinh tron ma diém dat cay
dén 13 tam nén dé chiéu sang toan bo cdng vién ta can dit cdy dén & tim duong tron
ngoai tiép tam giéc.

- Goi I(x;y) 1a tam duong tron ngoai tiép tam giac AABC

Ta c6: A(0;3),B(4:0),C(4;7) nén:

JA=(-x;3-y) = IA=+/x* +(3—y)
IB=(4—x;—y) = IB=1J(4=x) +’

IC=(4-xT-y) = IC=\J(4—x) +(T-y)
Do 7 1a tam duong tron ngoai tiép tam giac AABC néntaco IA=IB,IA=1IC ta
lap duoc hé phuong trinh

8x—6y="7
=
8x+8y =156

7 7
Vay 1| —;— |.
w1(2:2)

Bai toan thuc té 94
[ Dé thi thiz lan 3, 2023-2024, trurong THPT Lang Giang, tinh Bac Giang]
Thiét ké khu vuon Hanh Phic hinh vuéng canh 10 m nhu hinh v&.



Phan duoc to dam dung dé trong co, phan con lai lat gach. Biét mdi mét vudng
tréng co chi phi 100 nghin dong, m&i mét vudng lat gach chi phi 300 nghin déng. Khi
dién tich phan lat gach 1a nho nhét thi tong chi phi thi cong vuon hoa hanh Phic bang
(1am tron dén hang nghin)?

Loi gidi

Goi x,y(m) lan luot 1a ban kinh cua phan lat gach hinh tron (x,y>0) ta c6
x+y=5.

Goi S(mz) la phan dién tich duoc 14t gach cia khu vuon (S > 0), ta co

S:100_25”+ﬂx2+ﬂy2:100+”(x2+y2—25)<:>x2+y2:S+257Z_100_

T

Ta co: (C):x2+y2=S+257[_100 c6 tim  O(0;0), ban kinh

T

R:\/S+257r—100
VA
R nho nhit dé (C) va A ¢4 it nhat mot diém chung, v6i hoanh do va tung do déu la
cac s6 duong?
Tacd (C) va A c6 it nhat mot diém chung khi va chi khi

va duong thang A: x+y—5=0. Khi d6 bai toan tro thanh: Tim



257 257

S+257Z—100> <:>S+257Z-_IOOZTC>S2100_T'

RZd(O,A)@\/ >

5
z V2

Vay dién tich phan I4t gach nho nhét bing S = 100—257”. Tir dé chi phi dé thi

cong khu vuon Hanh phic 12 100.(100—-5,, )+300.S,, =22146 nghin dong.

Bai toan thyc té 95

[ Bai 5 trang 56 Chuyén dé Toan 10- Canh diéu]

Doc theo b bién, ngudi ta thiét 1ap hé thdng dinh vi v tuyén dan duong tim xa
dé truyén tin hiéu cho may bay hoac tau thuy hoat dong trén bién. Trong hé thong d6
c6 hai dai vo tuyén dat lan luot tai dia diém A va dia diém B, khoang cach
AB=650km (Hinh 18). Gia sir c6 mot con tau chuyén dong trén bién véi quy dao 1a
hypebol nhan A va B 14 hai tiéu diém.

3 -

650 km 5 >

Khi dang & vi tri P, may thu tin hiéu trén con tau chuyén doi chénh léch thoi gian
nhan céc tin hiéu tr A va B thanh hiéu khoang cach | PA— PB]1. Gia sir thoi gian con
tau nhan duoc tin hiéu tir B trude khi nhan dugce tin hiéu tr A 12 0,0012s . Van téc di
chuyén cua tin hiéu 12 3.10°m /s

a) Lap phuong trinh hypebol mé ta quy dao chuyén dong cia con tau.

b) Chting to rang tai moi thoi diém trén quy dao chuyén dong thi thoi gian con tau
nhan dugc tin hiéu tir B trudce khi nhan duoc tin hiéu tr AA ludn la 0,0012s.

Loi gidi

a) Vi thoi gian con tau nhan duoc tin hiéu tir B trudc khi nhan dugc tin hiéu to

A 12 0,0012s nén tai thori diém d6 PB—PA =(3-10%)-0,0012 =360000m =360km

Vi con tau chuyén dong vai quy dao 1a hypebol nhan A va B 14 hai tiéu diém nén
| PA— PB|=360km vé&i moi vitricua P.



Chon hé tryc toa do sao cho gbc toa do tring véi trung diém cta AB va truc Ox
2 2

trung voi AB, don vi trén hai truc la km thi hypebol nay cé dang x—2 —% =1.
) a
(a>0,b>0).
Vi | PA—PB1=360 nén 2a=360=a=180.
Theo dé bai, AB =650, suy ra 2c =650, suy ra ¢ =325.
b>=c*—a’ =325 180" =73225b> =c* —a® =325" —180° =73225.

Vay phuong trinh hypebol mé ta quy dao chuyén dong cia con tau la
2 2

Xy _1
32400 73225

b) Vi con tau chi chuyén dong & nhanh bén phai truc O y cua hypebol nén ta
PB < PA v6i moi vi tri caa P . Do d6 tau luén nhan duoc tin hiéu tr B trude Khi nhan
dugc tin hiéu tr A.

Gol t, lathoi gian dé tau nhan dugc tin hiéu tir A,t, lathoi gian dé tau nhan duogc

tin higu tr B thi 7 =ﬂ,t2 _PB ysiv 1 van toc di chuyén cua tin hiéu.
\% 1%
Khi d6, ta co: ¢ —t, = PA-PB _ 336010510 =0,0012.
v .

Vay thoi gian con tau nhan dugc tin hiéu tir B trudc khi nhan dugc tin hiéu tr A
ludn la 0,0012s.
Bai toan thuc té 96
[ Céu 21 Chuyén dé toan thyc té phirong phdp toa do trong mat phang

toan 10]
Mot thap 1am nguoi caa mot nha may ¢6 mat cat 1a hinh hypebol ¢6 phuong trinh
2 2
X X . , R N . X A
pye —;? =1 . Biét chiéu cao cua thap la 210 m va khoang cach tir noc thap den tam

t6i xing cua hypebol bang mot nira khoang cach tir tim ddi xiing ti day. Tinh ban kinh
noc va ban kinh day cua thap.

Lai gidi



Goi hai diém A, B nhu hinh v&.

v

B
Goi khoang cach tir noc thap dén tam dbi xang caa hypebol 1a &
Khi d6 khoang cach tir day thap dén tam ddi xang cua hypebol 12 2 h
h+2h=210= h=70(m)
Tung d6 caa diém A chinh bang khoang cach tir ndc thép téi tam d6i xang cua
hypebol nén y, =70

Piém A nam trén hypebpol nén toa d6 diém A théa méin phuong trinh
2 2

X Yy

64> 35°
x> 70°
=2 D oy =645
64> 35 A
Vay ban kinh cta noc thap la 64\/5 (m)
Tung d6 cua diém B chinh bang khoang cach tir day thap toi tam d6i xang cua
hypebol nén y, =70.2 =140

Piém B niam trén hypebpol nén toa d6 diém B thoa min phuong trinh
2 2

X Y

64> 35°

x_z_ 140°
64> 35

Vay bén kinh cua day thap 12 64+/17(m).

Bai toan thac té 97

[ Bai 4 trang 71 Toan lop 10- Chan troi sang tao]
Mot nha vom chira may bay c6 mit cat hinh nira elip cao 10 m , rong 24 m .
a) Chon hé toa d6 thich hop va viét phuong trinh cua elip noi trén.

b) Tinh khoang céch theo phwong thang dung tir mot diém cach chan twong 4 m
1én dén noc nha vom.

=1=x, =64417



Loi gidi

a) Chon hé toa do thich hop va viét phuong trinh cta elip noi trén.
bat hé truc toa @6 nhu sau:

}
X
Ta thay AB 1a d¢ dai truc Ion cua elip nén 2a=24 <> a=12
OC la mot nira truc bé nén b=10
2 2 2 2
L . X y X y )
Khi d6 phuong trinh caaeliptrénla; —+—=1& + =1
phuong trinh cua elip 122 10° 144 100 ()
x2 y2
Vay phuong trinh elip da cho la —+—=1.
ay p g trinh elip acoa144 100

b) Tinh khoang cach theo phuong thang ding tir mot diém cach chan tuong 4 m
1én dén ndc nha vom.

Goi diém D 1a diém nam trén elip va cach chan tuong 4 m .

Khi d6 khoang cach tir D dén goc toado O 1a 12—4=8m.

Goi D(S;yD)

Vi D thudc elip trén nén toa d6 diém D thoa mén phuong trinh (*) ta co:

2 2
X
LY

=1
144 100




2
Vo 5 2 500 105 105
100 9 9 3 3
Suy ra khoang cach theo phuong thang ding tir mot diém cach chan tuong 4 m
1075
(m).
3
Vay khoang cach theo phuong thiang ding tir mot diém cach chan tuong 4 m dén
1075
(m).
3
Bai toan thyc té 98
[ The thach trang 73 SGK Toan 10- Chén troi sang tao]
Mot dén pin co choa dén mit cat hinh parabol vai kinh thudc trong hinh trén. Giay
toc bong dén duogc dit o tidu diém F .

dén noc nha 1a tung d6 cua diém D 14

noc nha la

18 cm

3cm
Pé dén chiéu dugc xa phai dit bong dén cach dinh cua chéa dén bao nhiéu
xentimét?

Loi gidi
Viét phuong trinh chinh tic cua parabol.
Chon hé truc toa d6 nhu hinh veé.

i

Y




Goi phuong trinh chinh tic ctia parabol (P) 12 y> =2px(p > 0).

Khi do, M(3;9)e(P):>92=2-p.3<:>p=%.

Vay phuong trinh (P):y* = %x :

Parabol (P):y® :%x c6 tiéu diém F(%;OJ.

Pé dén chiéu duoc xa phai dit bong dén & vi tri tiéu diém,khi d6 cac tia sang phat
ra tir bong den chicu Ién bé mat cua choa dén s€ phan xa tao nén cac tia sdng song song
hoac trung véi truc cua parabol.

Vay can dat bong deén cach dinh ctia choa dén % cm.

Bai toan thuc té 99
[ Cdu 12 Chuyén dé toan thuc té phwong phdp toa dé trong mat phang
toan 10]

Hé théng dinh vi mot vi tri can c6 3 b phan co ban: Thi nhat 1a bo phan khong
gian dé phat song (vé tinh, may phat,...); thir hai 1a bo phan trung tam diéu khién (Tram
mat dat); thir 3 12 bo phan thu song (dién thoai, may thu... c6 kém phan mém tinh toén).
Nguoi ta sir dung tinh chat giao nhau cta hai dudng hypebol dé dinh vi.

Hai may phét tin hiéu A, B cach nhau 100 km truyén tin hiéu dén vi tri C. Tai C
, tin hiéu nhan dugc tir B sémhon 2 s so v4i A . Biét van tdc truyén tin hiéu trong khong
khi 12 335m/s. Hay xac dinh vi tri ¢6 thé cua diém C . (1am tron dén hang don vi)

1PH

A(=50;0) 0 B(50;0)

Loi gidi
Poi don vi: 335m/s=0,335km/s.
Do nhdn duoc tin hiéu tr B sém hon nén diém C gan B hon.



Hiéu khoang cach CA—CB =v(t, —1,)=0,335.2=0,67km.

Dung hé truc toa @ Oxy nhu hinh v&.

Vi tri c6 thé ¢6 cua diém C ndm trén mot nhanh hypebol (H) nhan A, B lam tiéu
diém va c6 hoanh d6 duong.

Taco: c=50 valCA-CBl=2a < 2a=0,67 << a=0,335.

c=a’+b><=50"=0,335+b" < b* =2500

2 2

Vay Ce(H):—>— 2 —1vax>0.
0,112225 2500




KET LUAN

Toan hoc khong chi dimg lai ¢ nhitng cong thirc va bai tap 1y thuyét, ma
con 1a chiéc cau ndi din ching ta dén véi thé gidi thuc tién phong phi. Qua dy 4n "99
Bai Toan Thuc Té Lop 10", chung em hy vong rang cic em hoc sinh da c6 co hdi trai
nghiém va kham ph4 sy ky diéu ctia toan hoc trong nhirng van dé hang ngay. Cac chuyén
dé trong dy 4n nay khong chi gitip cac em ciing ¢ kién thirc co ban ma con rén luyén
k¥ ning tu duy, phan tich va giai quyét van dé. Mdi bai toan thuc té 1a mot thir thach,
nhung dong thoi cling 14 co hdi dé cac em hoc cach img dung todn hoc vao cic tinh
hudng thire tién, tir 46 phat trién kha ning sang tao va tu duy logic.

Chung em tin tudng rang, qua du 4n ndy, cic em hoc sinh s& thém yéu
thich mon toan va nhén ra gia tri thuc tién cua nod. Toan hoc khong chi 1a mot mon hoc,
ma con 1a céng cu hitu ich dé hiéu va giai quyét nhitng thach thirc trong cudc séng. Viée
két hop giira kién thtrc 1y thuyét va thyc hanh trong cc chuyén dé Toan thuc té s& tiép
tuc 1a mot hudng di quan trong trong gido duc toan hoc, mang lai lgi ich 1au dai cho hoc
sinh trong viéc phat trién tu duy va kha ning Gmg dung kién thirc vao thuc tién.



