ITnmg T4m Luyén Thi Pai Hoc Amsterdam Chwong III-Bai 1. Phirong Trinh Prong Thang I

Cluwng ‘/)/ PHUONG PHAP TOA PO TRONG KHONG GIAN oxy

§BAI 1. PHUONG TRINH CUA DUONG THANG
A.LY THUYET.

I. Vecto phép tuyén va véc to chi phwong.

1. Véc to phép tuyén:

a. Dinh nghia : Cho dudng thang A.
Vecto n=0 goila vecto phap tuyén (VTPT) cia A néu gid cua
n vuong goc vai A. A

b. Nhan xét : Néu n 1a VTPT clia A thi kn (k = 0) ciingla VTPT ctia A.

LAVi du 1. Cho tam gidc ABC c6 dwong cao AH , dwong trung trec A ctia doan BC (1 1a trung
diém cia BC),M, N lan lwot 1a trung diém ctia doan AB, AC. Tim véc to phap tuyén cia duwong
thang:

a).BC. b). AH. ). A. d).MN.
Loi gidi
2. Vecto chi phwong.
a. Pinh nghia : Cho dwong thang A. )/,

Vecto U #0 goi la vecto chi phurong (VTCP) cua A néu gia cia
u song song hodc trung véi A. A U

b. Nhan xét. Néu u 1a VTCP ctia A thi ku(k #0) ciing1a VTCP cia A.

3. Mdi quan hé giira vecto chi phwong U va véc to phap tuyén n:
Vi VTPT va VTCP vudng goc véi nhau nén ta cé hai nhan xét sau:
+ Néu A c6 VTCP u=(a;b) thi n=(-b;a) lamot VTPT cua A.

+ Néu A ¢6 VTPT n=(A:B) thi u=(-B;A) 1amot VTCP ciia A.
+ Néu A ¢6 VTCP u=(a;b) thi k=2 12 hé s6 goc clia A.
a

+ Néu A c6hé s§ géc k thi VTCP1a u=(Lk) cta A.

[AVi du 2. Trong mit phing toa do Oxy, cho hai diém A(1;3),B(-2;4). Tim véc to chi phwong
ciia dwong thang AB.
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II. Phwrong trinh ctia dwdng thing.
1. Phwong trinh tdng quat A.

Cho dwdng thing A diqua M (X,;Y,) va cé VTPT n=(A;B),
véi A*+B? #0.
Khi do6: M (X,; Y,) € A < [A(X—x,) +B(y—y,) =0

< Ax+By+C=0 (C=-Ax,—By,) (1)
(1) goila phwrong trinh téng qudt clha dwong thang A.

M (Xo3¥o)

A

|| Nhan xét : Néu duomg thing A : Ax+By+C =0 thi n=(A;B) 1a VTPT ctia A.
[AVi du 3. Cho tam gidc ABC biét A(2;0), B(0;4), C(L3). Viét phwong trinh téng quat cta
a). Pwong cao AH.
b). Pudng trung truc cua doan thang BC.
c). Pwong thang AB.
d). Puong thiang qua C va song song v&i duwdng thang AB.
Lo giai

|| Mot s6 dang dic biét ctia phwrong trinh téng quat.
+ A song song hodc trung véi truc Ox < A:by+c=0.
+ A song song hoac trung véi truc Oy << A:ax+c=0.
+ A diquagoctoadd < A:ax+by=0.
+ Phuwong trinh dwong thang c6 hé s6 goc k 1a y=kx+m véi k=tana, a 12 goc hop bai tia
Mt ciia A & phia trén truc Ox va tia Mx.
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[AVi du 4. Cho dwdng thang d : x—2y+3=0 va diém M (-12).
Viét phwong trinh téng quat cia dwdng thing A biét:
a). A di quadiém M va c6 hé s6 goc k =3.
b). A diqua M va vudng géc véi dwong thing d.
c). A d6i xirng v&i dwong thang d qua M.
Lo giai

2. Phwong trinh tham sé va chinh tic A.
a. Phwong trinh tham s6 cia dwdng thang:

Cho dudng thiang A di qua M, (X,;Y,) va u=(a;b) 1a VTCP.
o . [x=x,+at
Khid6é M(X;y)eA|< MM, =tu < teR[.(2)
y=y,+bt
Hé (2) goila phwong trinh tham sé ciia dwong thing A, t goi 1a tham s6.
" Nhén xét: Néu A c6 phwong trinh tham sé 1a (2) khi d6 Ae A < A(x, +at; y, +bt).

b. Phwong trinh chinh tic ciia dwdng thing.
Cho dwong thing A di qua M,(X,;Y,) va u=(a;b) (v6i a=0, b=0) la vecto chi phwong thi

phwong trinh X% _ % (3) dwoc goi 1a phuong trinh chinh tic cia dwdng thang A.
a
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3 Vi du 5. Cho diém A(L-3) va B(—2;3). Viét phwong trinh tham s8 ctia dwong thing A trong
moi tredng hop sau:
a). A diqua A vanhan vecto n(L2) lam vecto phap tuyén.
b). A di qua gdc toa dd va song song v&i dwong thang AB.
c). A 1a dudng trung truc ciia doan thang AB.
Lo giai

QZ! Vi du 6. Viét phwong trinh t6ng quat, tham s, chinh tac (néu c6) ctia dwong thang A trong
moi trweong hop sau:
a). A di qua diém A(3;0) va B(1;3).
x=1-3t
y=4+5t

b). A di qua N (3;4) va vuéng géc véi dwdng thang d ' {
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3. Phwong trinh doan chin A.
A di qua hai diém A(a;0), B(o;b)@A:L%zl véi (ab+0)
a

B(0;b)

A(a;0)

AV du 7. Lap phuwong trinh téng quat clia dudng thing A:
a).qua A(2;0) va B(0;3). b). qua M (-5;-8) va c6 hé s§ goc k =-3.

CAVi du 8. Mot duwong thang di qua diém M (5;-3) cat truc Ox va Oy tai A va B saocho M la

trung diém ctia AB . Viét phwong trinh téng quat clia dwdng thang do.
Loi gidi

[AVi du 9. Trong mit phing hé toa d6 Oxy, viét phwong trinh dwong thang d di qua M (4;1)
va cat chiéu dwong cac truc Ox, Oy lan lwottai A va B sao cho OA+OB nhé nhit.
Lo giai
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[ Vi du 10. Cho diém M (1;4). Viét phwong trinh dwong thang qua M lan lwot cat hai tia OX,
tia Oy tai A va B sao cho tam gidc OAB c6 dién tich nho6 nhit.
Lo gidi

B. CAC DANG TOAN VA PHIPONG PHAP GIAL.
DANG 1. Lap phwong trinh tdng quat ctia duwdng thingA.

1.Phwong phap.

Dé viét phwong trinh tdng quat cia dwong thing A ta can xac dinh hai yéu t6:
+« Mot diém M(x,;y,) € A.

jy
. M (X030 )
+ Mot vecto phap tuyén n=(A;B), A’+B” 0. clia A. 2

» Khi d6 phwong trinh téng quat ctia A 13 [a(x—x,)+b(y—y,)=0

Nhén xét:
® Dwdng thing A c6 phwong trinh téng quat 1a Ax+By+C =0, A>+B? # 0 nhin n= (A;B)
lam vecto phap tuyén.
@ Né&u hai dwong thiang song song véi nhau thi VTPT dudng thang nay ciing 1a VTPT cua
duong thing kia.
® X = X,: néu dwong thang song song vai truc Oy .

@ y =Y, : néu duwong thang song song vai truc OX.
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2.Bai tdp minh hoa.

[OBai tap 1. Cho tam gidc ABC biét A(2;1), B(—L‘ 0), C(0;3).
a). Viét phwong trinh téng quat ctia dwong cao AH ;
b). Viét phwong trinh tdng quat dwong trung tric cia doan thang AB;
c). Viét phwong trinh téng quat dudng thang BC;
d). Viét phuong trinh tong quat dwong thang qua A va song song véi duwdong BC.
Loi giai

LBai tip 2. LAp phuwong trinh tdng quat cia dudng thang:
a).qua A(2;0) va B(0;3).
b). qua M (—5;-8) va c6 hé s goc k =-3.

LL1Bai tip 3. Viét phwong trinh tong quat ctia dwong thang d
a). Qua M (-1—4) va song song véi duwong thang 3x+5y—2=0.

b). Qua N (L1) va vudng géc véi dwdng thang 2x+3y+7 =0.

Lo giai
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[Bai tp 4. Cho hai diém P(4;0) va Q(0;-2) . Viét phwong trinh tdng quat cia duwéng thang
a). Qua diém S va song song véi dwong thing PQ.
b). Trung truc cia PQ.

[HBai tip 5. Viét phuong trinh cac dwdng trung tryc ctia tam gidc ABC biét M (-1,1),N(L9)

,P(9;1) 1a cac trung diém ctia ba canh tam giac

Lo giai

Q(5:4).
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LBai tap 7. Puwong thing d : 2x—y+8=0 cat cic truc Ox va Oy lan lwot tai cac diém A va B .
Goi M 1a diém chia doan AB theo ti s6 —3. Viét phwong trinh dwong thang di qua M va vudng
gocvoi d

[ABai tip 8. Cho dwong thing d,:2x-y-2=0;d,:x+y+3=0 va diém M (3;0) . Viét phwong

trinh dwong thang A di qua M, cat d; va d, Ian lwot tai diém A va B sao cho M 1a trung

diém cta doan thang AB

[OBai tip 9. Cho duong thang d :x—2y+3=0 va diém M (-1;2). Viét phwong trinh téng quat
clia dudng thang A biét A ddi xtrng véi dwong thing d qua M
Loi giai
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3.Bai tdp luyén tap.

[ABai 1. Cho diém A(L-3). Viét phwong trinh tdng quat cia duwong thang A diqua A va

a). Vudng goc véi truc tung.
b). Song song v&i dwong thang d : x+2y+3=0.

Lo giai

[LBai 2. Viét phwong trinh téng quatcia dudng thang A trong moi trwong hop sau:
a). A di qua diém M (2;5) va song song v&i dwong thang d :4x—7y+3=0

b). A di qua P(2;-5) va c6 hé s6 goc k =11.
Lo gidi

ABai 3. Cho M (8;6). Viét phwong trinh dwong thang qua M cit chiéu dwong hai truc toa do
tai A B saocho OA+OB dat gia tri nhé nhat.
Lo giai
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4.Cau héi tric nghiém.

Cau 1. Vecto nao du¢i day 1a mot vecto chi phwong clia dwong thang song song vi truc Ox?
A.u, =(L0). B. u, =(0;-1). C. u, =(-L1). D. u, =(L1).

C4u 2. Vecto nao dwdi day 1a mot vecto chi phwong ctia dwong thang song song véi truc Oy ?

A u, =(3-1). B. u, = (0;1). C. u, =(L0). D. u, =(L1).

va B(L4)?

Cau 4. Vecto nao dw¢i diy 1a mot vecto chi phwong ciia dwong thang di qua goc toa do O(O;O)
va diém M (a;b)?
A.u =(0;a+b). B. u, =(a;b). C. u, =(a;-b). D.u, =(-a;b).

C4u 5. Vecto nao dwdi day 1a mot vecto chi phwong ctia dwong thang di qua A(a;0) va B(0;b)?
A u, =(a;-b). B. u, =(ab). C. u, =(b;a). D. u, =(-b;a).

Loi giai.
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Cau 6. Vecto nao dwdi day 1a mét vecto chi phwong ciia dwong phin gidc goc phan tu thir nhat?
A.u =(L1). B. u, =(0;-1). C. u, =(10). D. u, =(-11).

Cau 7. Vecto nao dudi diy 1a mot vecto phéap tuyén clia duwdng thang song song véi truc OX?
A.n, =(0;1). B. n, =(L0). C. n,=(-10). D. n, =(L1).

C4u 8. Vecto nao dudi day 1a mot vecto phap tuyén clia dwong thang song song v&i truc Oy ?
A.n, =(L1). B. n, =(0;1). C. n, =(-11). D. n, =(1,0).

Cau 9. Vecto nao dwdi diy 12 mot vecto phap tuyén cia dwong thang di qua hai diém A(2;3) va
B (4;1)?
A.n =(2-2). B. n, =(2;-1). C. n, =(L1). D. n, =(1-2).

Cau 10. Vecto nao dwdi day 1a mot vecto phéap tuyén ctia dwong thang di qua goc toa do va diém
A(a;b)?

Cau 11. Vecto nao dudi day 1a mot vecto phap tuyén cia dwong thiang di qua hai diém phan biét
A(a;0) va B(0;b)?
A.n =(b;-a). B. n, =(-b;a). C. n, =(b;a). D. n, =(a;b).

Ciu 12. Vecto nao dudi diy la mot vecto phap tuyén cia dwong phan gidc goc phan tw thi hai?
A n =(11). B. n, =(0;1). C. n, =(1,0). D. n, =(-11).

Lovi giai.

12

L6p Todn Thiy-Diép Tuin Tel: 0935.660.880 |



|:|Trung T4m Luyén Thi Pai Hoc Amsterdam Chwong III-Bai 1. Phirong Trinh Prong Thang H

Cau 13. Pwong thang d c6 mot vecto chi phwong la u= (2;—1). Trong cac vecto sau, vecto nao
la mot vecto phap tuyén cia d ?
A n =(-12). B. n, =(L-2). C. n,=(-36). D. n, =(3;6).

Cau 14. Puwong thiang d c6 mot vecto phap tuyén la n= (4; —2). Trong cac vecto sau, vecto nao
la mét vecto chi phwong cia d ?
A u =(2-4). B. U, =(-2;4). C.u; =(12). D. u, =(2;2).

Cau 15. Pwong thang d c6 mot vecto chi phwongla U= (3; —4) . Puong thang A vudng goc voi
d c6 mdt vecto phap tuyén la:
A.n =(43). B. n, =(-4-3). C. n,=(3;4). D. n, =(3;-4).

Cau 16. Pudng thing d c6 mot vecto phap tuyén 1a n=(-2;-5). Puong thing A vudng goc véi
d c6 mot vecto chi phwong la:
A u, =(5-2). B. u, =(-52). C. u, =(2;5). D. u, =(2,-5).

Cau 17. Pwong thiang d c6 mot vecto chi phwong 1a u= (3; —4). Puong thing A song song véi
d c6 mét vecto phap tuyén la:
A.n =(43). B. n, =(—43). C. n,=(3;4). D. n, =(3;-4).

Cau 18. Pwong thang d c6 mot vecto phap tuyén la n= (—2;—5). DPuong thang A song song voi
d c6 mot vecto chi phwong la:
A u, =(5-2). B. U, = (-5-2). C. u, =(2;5). D. u, =(2,-5).

Cau 19. Mot duwong thang c6 bao nhiéu vecto chi phwong?
A 1. B. 2. C. 4. D. V6 sé.

13

L6p Todn Thiy-Diép Tuin Tel: 0935.660.880 |



I Trung Tam Luyén Thi Pai Hoc Amsterdam Chwong III-Bii 1. Phirong Trinh Pwrong Thiang I

Lovi giai.

Cau 20. Puong thang d di qua diém M (0;-2) va c6 vecto chi phwong u= (3;0) c6 phwong
trinh tham s0 la:

= 2 = = =
A. d:X 3+t. B.d:X 0 . C.d:X 3 . D.d:X 3t.
=0 y=-2+3t =-2t =-2

Ciu 21. Vecto nao dwéi day 1a mét vecto chi phwong clia dwong thang d : {y B L+t ?
=-1+
A u=(60) B.u, =(-6;0) C.u, =(2;6) D. u, =(0:1)
Loi gii.
X=5— 1t
Cau 22. Vecto ndo dwéi day 1a mot vecto chi phwong ctia duwomgthdng A:{"° = 2 ?
y=-3+3t
A u =(-16) Bﬁzz[%;sj. C.u, = (5-3) D.u, =(-5;3)

Cau 23. Mot dudrng thang c6 bao nhiéu vecto phap tuyén?
A. 1. B. 2. C. 4. D. V0 s6.

Ciu 24. Vecto nao duéi diy 1a mot vecto phap tuyén cia d : x -2y +2017 =07
A n=(0-2). B. n, =(L-2). C. n, =(-2;0). D. n, =(21).

C4u 25. Vecto nao dudi diy 1a mot vecto phap tuyén cta d : —3x+y +2017=07?
A n=(-30). B. n, =(-3;-1). C. n,=(6;2). D. n, =(6;-2).
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X=-1+2t
?
y=3-t
A.n =(2-1). B. n, =(-12). C. n,=(L-2). D. n, =(L2).

C4u 26. Vecto nao dudi diy la mot vecto phap tuyén cta d : {

Cau 27. Vecto nao dwéi day la mot vecto chi phwong cta d :2x -3y +2018=07?
AU, =(-3-2). B. U, =(2;3). C.u=(-32). D. U; = (%-3).

Céu 28. Puong trung trirc ctia doan thang AB véi A=(-3;2), B =(-3;3) c6 mot vecto phap
tuyén la:
A.n =(65). B. n, =(0;1). C.n,=(-35). D. n, =(-10).

Cau 29. Cho dwong thing A:x—-3y—2=0. Vecto nao sau diy khong phai la vecto phap tuyén
cia A?

A.n =(1;-3). B. n, =(-2:6). C. n:=(%;—1j. D.n, =(31).

Cau 30. Puong thang d di qua diém A(1;—2) va c6 vecto phap tuyén n=(-2;4) c6 phuong

trinh tong quat la:
A.d:x+2y+4=0. B.d:x-2y-5=0. C.d:-2x+4y=0. D.d:x—-2y+4=0.
Loi giai.

Cau 31. Pudng thing d di qua diém M (0;-2) va c6 vecto chi phwong u =(3;0) c6 phwong

trinh tong quat la:
A.d:x=0. B.d:y+2=0. C.d:y-2=0. D.d:x—-2=0.
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x:3—5t7

y=1+4t

A. 4x+5y+17=0. B. 4x-5y+17=0. C. 4x+5y-17=0. D. 4x-5y—-17=0.
Loi giai.

Cau 32. Phwong trinh nao sau day 1a phwong trinh tdng quat ctia dwong thang d : {

> . x=15
Cau 33. Phuwong trinh nao sau day la phwong trinh tong quat cia dwong thang d : { - ?
y=o+
A. x-15=0. B. x+15=0. C. 6x-15y=0. D. x—-y-9=0.

Cau 34. Cho dwong thang d :3x+5y +2018 =0. Tim ménh dé sai trong cAc ménh dé sau:
A. d c6 vecto phap tuyén n = (3;5). B.d c6 vecto chi phwong U = (5;-3).
C. d cohésogoc k= 2 D.d song song v&i dudng thang A:3x+5y=0.

Céu 35. Pwong thing d di qua diém M (1;2) va song song véi duwong thang A:2x+3y—12=0

c6 phwong trinh tong quat la:
A 2x+3y—-8=0. B. 2x+3y+8=0. C. 4x+6y+1=0. D. 4x-3y—-8=0.
Lori giai.

Cau 36. Phwong trinh téng quat ctia dwong thang d di qua O va song song v&i dwong thang
A:6X—-4x+1=0 la:
A 3x-2y=0. B. 4x+ 6y =0. C. 3x+12y-1=0. D. 6x-4y-1=0.
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Céu 37. Puwong thang d di qua diém M (-1;2) va vudng géc véi duong thang A:2x+y—-3=0

c6 phurong trinh téng quat la:
A 2x+y=0. B. x-2y-3=0. C. x+y-1=0. D. x-2y+5=0.

Lo giai.

Cau 38. Viét phwong trinh duwdng thang A di qua diém A(4;—3) va song song v&i dudng thang

q4: X=3-2t
ly=1+3t"

A 3x+2y+6=0. B. -2x+3y+17=0. C. 3x+2y—-6=0. D. 3x-2y+6=0.

Lo giai.

Cau 39. Cho tam gidc ABC c¢6 A(2;0), B(0;3), C(-3;1). Pudng thdng d di qua B va song song

voi AC c6 phwong trinh téng quat la:
A 5x—y+3=0. B. 5x+y—-3=0. C. x+5y—-15=0. D. x—15y+15=0.

Lo giai.

Cau 40. Viét phwong trinh téng quat ctia dwong thang d di qua diém M (—1;0) va vudng goc voi
X=t

y=-2t

A 2x+y+2=0. B. 2x-y+2=0. C. x-2y+1=0. D. Xx+2y+1=0.

duong thang A :{

Loi giai.
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Cau 41. Viét phuong trinh téng quat ctia dwong thang d di qua diém M (-2;-5) va song song

véi duwong phan gidc goc phan tw thir nhit.
A x+y-3=0. B. x—-y-3=0. C. x+y+3=0. D. 2x-y-1=0.

Céu 42. Viét phwong trinh tdng quat ciia dwong thang d di qua diém M (3;-1) va vudng goc véi

dwong phén gidc géc phin tw thi hai.
A x+y-4=0. B. x—y-4=0. C.x+y+4=0. D.x-y+4=0.

Céu 43. Viét phuong trinh tdng quat ctia duong thang d di qua diém M (-1,2) va song song véi
truc Ox.
A y+2=0. B. x+1=0. C. x-1=0. D.y-2=0.

Cau 44. Phwong trinh tdng quét clia dwong thing di qua hai diém A(3;-1) va B(15) la:
A —x+3y+6=0. B. 3x-y+10=0. C.3x-y+6=0. D. 3x+y-8=0.
Lo giai.

Céu 45. Phwong trinh duwong thing cét hai truc toa d6 tai A(-2;0) va B(0;3) la:
A 2x-3y+4=0. B.3x-2y+6=0. C.3x-2y—-6=0. D.2x-3y—-4=0
Lo giai.
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Cau 46. Phirong trinh tdng quat clia dwong thang di qua hai diém A(2;-1) va B(2;5) la:
A x+y-1=0. B. 2x-7y+9=0. C. x+2=0. D. x-2=0.
Lo gidi,

Céu 47. Phwong trinh téng quat ciia dwong thang di qua hai diém A(3;,-7) va B(L-7) la:
A y-7=0. B. y+7=0. C. x+y+4=0. D. x+y+6=0.

Céu 48. Cho tam giac ABC c6 A(L1), B(0;-2), C(4;2). Lap phwong trinh dwong trung tuyén
cua tam giac ABC ké tir A.
A x+y-2=0. B. 2x+y-3=0. C. x+2y-3=0. D. x—y=0.
Lo giai.

Cau 49. Puong trung triec ciia doan AB véi A(L—4) va B(5;2) c6 phwong trinh la:
A 2x+3y-3=0. B. 3x+2y+1=0. C.3x-y+4=0. D. x+y-1=0.
Lo giai,

Céu 50. Puong trung tric ciia doan AB véi A(4;—1) va B(L,—4) c6 phwong trinh la:
A x+y=1 B. x+y=0. C.y—x=0. D. x—-y=1.
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Cau 51. Puong trung tric ctia doan AB véi A(L—4) va B(1;2) c6 phwong trinh la:
A y+1=0. B. x+1=0. C.y-1=0. D. x—-4y=0.

Céu 52. Puong trung triec ctia doan AB véi A(L—4) va B(3;,—4) c6 phwong trinh 1 :
A y+4=0. B. x+y—-2=0. C. x-2=0. D. y—-4=0.

C4u 53. Trong mit phing v6i hé toa d6 Oxy, cho tam gidc ABC c6 A(2;-1), B(4;5) va C(-3;2)

. Lap phwong trinh dwong cao ctia tam giac ABC ké tir A
A 7x+3y-11=0. B. -3x+7y+13=0. C.3x+7y+1=0. D. 7x+3y+13=0.

Lo giai.

Céu 54. Trong mit phang v&i hé Oxy, cho tam gidc ABC c¢6 A(2;-1), B(4;5) va C(-3;2).

Lap phwong trinh dwong cao ctia tam giac ABC ké tir B.
A. 3x-5y-13=0. B. 3x+5y-20=0. C. 3x+5y-37=0. D. 5x-3y-5=0.

Loi gii.

Céu 55. Trong mit phing v6i hé Oxy, cho tam gidc ABC c6 A(2;-1), B(4;5) va C(-3;2).
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Lap phwong trinh dwong cao clia tam giac ABC ké tir C.
A x+y-1=0. B. x+3y-3=0. C. 3x+y+11=0. D. 3x-y+11=0.

Lo giai.

DANG 2. Lap phwong trinh tham s6, chinh tic ctia dwong thingA.
1.Phwong phap.

DE viét phwong trinh tham s6, chinh tic cha dwong thang A ta cin xac dinh hai yéu td:
+« Mot diém M(x,;y,) € A.

+ Mot vecto chi phwong ﬁ(a;b) cia A
X=X, +at
y=y,+bt

+ Khi d6 phwong trinh tham s6 cia A la { te

X=X — Y=Y

+ Suy ra phwong trinh chinh tic cia dwong thang A 1a :

Dc biét:
@ Trudng hop ab=0 thi dwong thang khong c6 phwong trinh chinh tac.
@ d qua A B thicé VTCP U(Xs —X,; Y — Ya)-

® d'Ld:ax+by+c=0 thi VTCP u'(a;b)N(3;4)
@ d"//d:ax+by+c=0 thi VTCP u*=(-b;a) hay (b;-a).
® d c6hésé goc k' thi VICP u=(Lk).

2.Bai tap minh hoa.
COBai tap 10.
a). Lap phuong trinh tham s6 ctia dwong thdng d di qua diém M (2;1) va c6 VTCP u=(3;7).

b). Lp phuong trinh tham s& ctia dwong thing d di qua diém va c6 VTPT n = (4,-3).

Loi giai
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[OBai tip 11. Lap phwong trinh tham sé cua dwdng thang d :
a). bi qua di€ém M (5;1) va c6 hé s6 goc k =8.
b). bi qua hai diém A(3;4) va B(4;2).

[LBai tip 12. Viét phwong trinh tham sg cia dwong thang:
a). 2x+3y—-6=0. b). y=—-4x+5.

a). d:x=3 b). d:X=2_Y*1
5 3
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[LBai tip 14. Lap phwong trinh chinh tic clia dwong thang
a). qua A(-41) va B(L4). b). qua A(4;1) va B(4;2)

[ABai tip 15. Cho diém A(-5;2) va dwong thing d :X%z _y+3 Lap phwong trinh chinh tac
ciia dwong thang A
a). qua A vasong songvéi d. b). qua A vavudng gocvédi d.

[ABai tap 16. Cho tam gidc ABC c6 A(-2;1), B(2;3) va C(1-5).

a). Viét phwong trinh dwong thang chitra canh BC clia tam giac.

b). Viét phwong trinh dwdng thang chira dwong trung tuyén AM .

c). Viét phwong trinh dwong thang di qua hai diém D,G véi D 1a chan duwong phan gic
trong géc A va G la trong tam cia AABC.
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3.Bai tap luyén tap.

[HBai 4. Cho diém A(2;-2) va B(0;1). Viét phwong trinh tham s8 ctia dwdng thang A trong méi
trueong hop sau:
a). A diqua A vanhan vecto u(1;2) lam vecto chi phwong,

b). A di qua M (12) va nhan vecto n(4;2) lam vecto phap tuyén.
c). A diqua C (:L'l) va song song v&i dwong thing AB.

d). Ox 1a dwong trung truc clia doan thiang AB.
Loi giai
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[OBai 5. Viét phwong trinh téng quat, tham s6, chinh tic (néu c6) ctia duwdng thang A trong moi
trwong hop sau:
a). A di qua diém A(3;0) va B(-10).
b). A di qua M (1;2) va vudng géc véi duong thang d :x—3y—1=0.
X=1+3t
y=2t

c). A di qua gic toa dd va song song véi dudng thang A’ :{

[ABai 6. Cho tam giac F(L0) c6 A(2;-1), B(-2;—-3) va C(-15).
a). Viét phuwong trinh duwdng thang chira canh cta tam giac.
b). Viét phwong trinh duwdng thang chira dwdng trung tuyén AM .
c). Viét phwong trinh dwong thang di qua trung diém AB va trong tim cua tam gidc ABC
Loi giai
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[HBai 7. Cho tam giac ABC biét A(L4),B(3;-1) va C(6;-2).

a). Viét phwong trinh dwdong thing chita cac canh AB.

b). Viét phwong trinh dwong cao AH .

c). Viét phwong trinh dwong trung tuyén cua tam giac d6 AM .

d). Viét phwong trinh dwong trung trwe canh BC.

e). Viét phwong trinh dwdong thing di qua trong tAm ciia tam giac va song song véi truc
hoanh.

f). Viét phwong trinh dwong thing di qua trung diém BC va vudng goc védi truc tung.

g). Viét phwong trinh dwong thang di qua A va tao véi hai truc toa dd mot tam giac can dinh
la gbc toa do.

h). Puong thang qua C va chia tam gidc thanh hai phan, phan chitra di€ém A c6 dién tich gdp
doéi phan chira diém B.
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[Bai 8. Viét phwong trinh dwdng thdng qua M (3;2)va cit tia Ox tai A, tia Oy tai B sao cho:

a). OA+OB =12
b). Dién tich tam gidc OAB bang 12

4.Cau héi trac nghiém.

CAu 56. Duong thing d di qua diém M (1-2) va c6 vecto chi phwong u =(3;5) c6 phwong trinh

tham s0 la:

X=3+t X=1+3t X=1+5t X=3+2t
A. d: } B.d: ) C.d: . D. d: :

Cau 57. Duong thiang d di qua gdc toa dd O va c6 vecto chi phwong u= (—1; 2) c6 phwong trinh

tham sé la:

=—1 =2t =t = -2t
A. d:{);/_2 ) B.d:{x } C.d:{x ) D.d:{X )

C4u 58. Duong thiang d di qua diém A(—4;5) va c6 vecto phap tuyén n= (3; 2) c6 phwong trinh
tham sé la:

X=-4-2t X=-2t Xx=1+2t X=5-2t
A. . B. . C. . D. .
y=5+3t y:1+3t y:3t y=_4+3t
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Lovi giai.

C4u 59. Phwong trinh ndo sau day 1a phwong trinh tham s& ctia dwong thang d : x—y+3=07?
X=t X = X=3 X=2+t
A. : B. : C. . D. :
y=3+t =l y= y=1+t

Cau 60. Phwong trinh nao sau day 1a phwong trinh tham sd cia dwong thang d :3x -2y +6=0?
{ngt . x:t3 ; x:t3 . x:ét
“ly=2t+3 Cly=Zt+3 Cly=-2t+3 Cly=2t+3
y y > y > y >
Lo giai.

C4u 61. Viét phuong trinh tham s6 ciia dwdng thing di qua hai di€ém A(2;-1) va B(2;5).
x=2 x=2t X=2+t x=1
A. . B. . C. . D. .
y=-1+6t y =—6t y =5+6t y=2+6t

C4u 62. Viét phuong trinh tham s cia dwdng thing di qua hai di€ém A(-1;3) va B(3;1).

X=-1+2t X=-1-2t X=3+2t Xx=-1-2t
A. ) B. ) C. . D. .
y=3+t y=3-t y=-1+t y=3+t

Céu 63. Buong thang di qua hai diém A(1L;1) va B(2;2) c6 phuong trinh tham s6 1a:
X=1+t X=1+t X=2+2t X =
. B. . C. . D. :
y=2+2t y=1+2t y=1+t y=

Lovi giai.
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A. . B. . C. . D. .
y=-7 y=—7-t y=1-7t y="7

Cau 65. Phurong trinh nao dwdi diy khéng phai 1a phwong trinh tham s6 ctia dwong thang di qua
hai diém O(0;0) va M (1-3)?

Xx=1-t X=1+t x=1-2t X=-t
A. . B. . C. . D. .
y=3t W= sl d y=-3+6t y=3t

Céu 66. Trong mit phing v6i hé toa d6 Oxy, cho ba di€ém A(2;0), B(0;3) va C(-3;-1).
Duwong thiang di qua diém B va song song véi AC c6 phwong trinh tham sé 1a:

X = 5t X=5 X = X =3+5t
A. : B. : C. . D. :
y=3+t y=1+3t y=3-5t y=t

Céu 67. Trong mit phang véi hé toa d Oxy, cho ba di€ém A(3;2), P(4;0) va Q(0;-2).
DPuwong thang di qua diém A va song song véi PQ c6 phwong trinh tham s6 1a:
X=3+4t X=3-2t X=-1+2t X=-1+2t
. B. . C. . D. .
y=2-2t y=2+t y=—2+t
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Cau 68. Trong mit phing v6i hé toa d6 Oxy, cho hinh binh hanh ABCD c6 dinh A(-2;1) va

. X=1+4t ,
phwong trinh dwong thang chira canh CD la { L Viét phwong trinh tham s6 cua dwong
thang chita canh AB.
X=-2+3t X=-2—-4t X=-2-3t X=-2-3t
. B. : C. : D. .
y=-2-2t y=1-3t y=1-4t y=1+4t

Céu 69. Viét phwong trinh tham s cia dwong thing d di qua diém M (-3;5) va song song véi
dwong phén giac cia goc phan tw thi nhat.

X=-3+t X=-3+t X=3+t1 X=5-t
A. : B. : ) : D. :
y=5-t y=5+t y=-5+t y=-3+t

C4u 70. Viét phuong trinh tham s6 ciia dwdng thang d di qua diém M (—4;0) va vudng goc véi
dwong phan giac géc phin tw thir hai.

X=t X=-4+t X =t X =t
A. . B. . C. : D. :
{y:—4+t {y:—t {y=4+t {y=4—t

Cau 71. Viét phwong trinh tham s8 cia duwdng thang d di qua diém M (4;—7) va song song vai
truc Ox.
X=1+4t X=4 X=—7+t X=t
A. . B. . C. . D. .
y=-Tt y=—7+t y=4 y=—7
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Céu 72. Trong mit phang véi hé Oxy, cho tam gidc ABC c6 A(L4), B(3;2) va C(7;3).

Viét phwong trinh tham s6 ctia dwong trung tuyén CM cua tam giac.
X=7 X=3-5t X=7+t X=2
. B. . (¢ . D. .
y =3+5t y=-7 y=3 y=3-t

Cau 73. Trong mit phing véi hé toa d6 Oxy, cho tam gidc ABC c6 A(2;4), B(5;0) va C(2;1).
Trung tuyén BM cta tam gidc di qua diém N c6 hoanh dd bang 20 thi tung do bang:

A. -12. B -2 C. -13. D, -2,
2 2
Lo giai.

C4u 74. Viét phuong trinh tham s6 ciia dwdng thdng d di qua diém M (6;-10) va vudng goc voi
truc Oy .

Xx=10+t X=2+t X=06 X=6
A. : B.d: : C.d: : D.d: .
y=6 =-10 y=-10-t y=-10+t
Loi giai.
N X : : A : x=1-3t
Cau 75. buvong thang d di qua diem M (—2;1) va vuong goéc véi duong thang A y= 245t co
=-2+
phwong trinh tham sé la:
X=-2-3t X=-2+5t X=1-3t X=1+5t
. : B. : C. : D. :
y=1+5t y=1+3t y=2+5t y=2+3t
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Céu 76. Viét phuwong trinh tham s6 ctia dwong thing d di qua diém A(-1;2) va song song véi
duong thang A:3x-13y+1=0.
X=-1+13t X=1+13t Xx=-1-13t X=1+3t
A. . B. . C. . D. .
y=2+3t y=-2+3t y=2+3t y=2-13t

C4u 77. Viét phuong trinh tham s6 ciia dwdng thing d qua diém A(-1;2) va vudng goc véi
duong thang A:2x—y+4=0.

X=-1+2t X= X=-1+2t Xx=1+2t
A. . B. . C. . D. .
y=2-t y=4+2t y=2+t y=2-t

Cau 78. Trong mit phing Oxy cho tam gidc ABC véiA(3;-2);B(4;7); C(-11) phwong trinh
tham s dwong trung tuyén AM la

Xx=3-t X=3+t Xx=3+3t X=3+t
A. . B. . C. . D. .
y=4+2t y=-2+4t y=-2+4t y=-2-4t

C4u 79. Cho tam giac ABC vé&i A(2;4); B(2;1); C(5;0). Trung tuyén CM di qua diém nao

dudi day?

A (14; %) B. (10;—%}. C. (-7;-6). D. (-15).
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Lo giai

Cau 80. Cho hai dwong thing song d,:5x-7y+4=0 va d,:5x—7y+6=0. Phwong trinh
dwong thang song song va cach déu d, va d, 1a
A 5x-7y+2=0. B. 5x-7y-3=0. C.5x—7y+4=0. D. 5x-7y+5=0.
Loi giai
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§BAI 2. VI TRI TUONEG CUA HAI PUONG THANG-KHOANG CACH-60OC

A.LY THUYET.
I. Vi tri twong d8i ctia hai dwdng thang.

Cho hai dwong thang d, :ax+by+c, =0; d,:a,x+b,y+c, =0
ax+by+c =0

(1) khi d6 néu:
a,x+b,y+c, =0

Ta xét hé {

h

2 (1)vd nghiém suyra d, //d,.

hd

Hé (1)
» Hé (1)vo sé nghiémsuyra d, =d,
Hé (1)

: ( ) c6 nghiém duy nhit suy ra d, va d, cat nhau va nghiém ctia hé 1a toa do giao diém.

Pic biét: Voi treong hop a,.b,.c, #0 khi do:
® Néu 2 » % thi hai dwong thang cat nhau.
a2 2
o boc o
@ Néu 4 =—#— thi hai dwong thang song song nhau.
a’2 b2 CZ
® Néu 2= h_g thi hai dwong thang trung nhau.
a2 b2 CZ

AVi du 1. Xét vi tri twong d6i va tim giao diém néu c6 clia 2 dwong thang:
a). 2x—5y+3=0 va 5x+2y—-3=0.
b). x—3y+4=0va 0,5x-1,5y+4=0.
¢).10x+2y—-3=0 va 5x+y-1,5=0.

CAVi dy 2. Xét vi tri twong ddi va tim giao diém néu cé cia cap dwong thang:

=-1-5t =—6+5t'
a). d: X vad': X "
y=2+4t y=2-4t'

X=1-4t
b).d:{ vad':2x+4y-10=0

y=2+2t
=-2+t

) :{X i véld'l—y—3
y=2+2t -
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OVi du 3. Bién luan theo tham s6 m vi tri twong d6i cda hai dwong thang: mx+y+2=0 va
X+my+m-1=0

LAVi dy 4. Vi gia tri ndo ctia tham s6 m thi hai dwong thang sau dy vudng goc:
A imx+y+8=0va A,:Xx-y+m=0
Loi giai

AVidy 5. Tim m dé ba duwdong thang sau day dong quy:
d :2x+y-4=0,d,:5x-2y+3=0va d,:mx+3y-2=0

Loi gidi

35 | Lp Todn Thiy-Diép Tuin Tel: 0935.660.880 |



I Trung Tam Luyén Thi Dai Hoc Amsterdam Chwong IlI-Bai 2. Khodng Cich va Go’cl

2. Khodng cach..
a). Khoang cach ctia hai diém phin biét.
Khodng cach giira hai diém A(X,;y,) va B(Xg;Yg ) duwoc tinh theo cong thirc :

AB:\/(XB _XA)2+(yB _yA)2

b). Cong thikc tinh khodng cAch tir mot diém téi dwong thing.
Cho duong thang A:Ax+By+C=0 va diém M (x,;Y,). M( %Yo )
Khi @6 khodng cach tr M dén A dwoc tinh béi cong thirc
Ax, + By, +C
d(M,A)=M (A +B?=0)
VA’ + B?
c). Vi trf ctia hai diém d6i v6i dwdong thing.
Cho dwong thing A: Ax+By+C =0 va M (X,; Yy ) €A, N(Xy;yy)eA. Khidé
+ M, N cung phfavéi A khiva chikhi (Ax, +By,, +C)(Ax, +By, +C)>0.

+ M, N khac phia véi A khi va chi khi (Ax, + By, +B)(Ax, +By, +C)<0.

H
A Ax+By+C=0

AVi du 6. Cho dwong thang A:5x+3y—-5=0
a). Tinh Khoang cach tir diém A(-1;3) dén dwong thing A.
b). Tinh khoang cach giira hai dwong thang song song A va A': 5x+3y+8=0.

Loi giai

Vi du 7. Cho dwong thing A:4x-3y+5=0
a). Tim toa dd diém A thudc A va cach goc toa dd mot khoang bang 4.
b). Tim diém B thudc A va cach déu hai diém E(5;0), F(3;-2).

Loi giai
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CAVi du 8. Cho ba diém A(2;0), B(3;4) va P(11). Viét phwong trinh duwong thing di qua P
doéng thoi cach déu A va B.

OVi du 9. Trong mat phang v&i hé toa do Oxy, viét phwong trinh dwong thang A cach diém
A(L1) mot khodng bang 2 va cach diém B(2;3) mot khoang bang 4.

Loi giai
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[AVi du 10. Trong mit phang véi hé toa dd Oxy, cho hai diém A(-2;4), B(3;5). Viét phwong
trinh téng quat ctia dwong thang A di qua diém 1(0;1) sao cho khoang cach tir A dén duong

thang A gip 2 1an khodng cich tir B dén A.
Loi giai

AVi du 11. Trong mat phang véi hé toa dd Oxy, viét phwong trinh dudng thang A song song
voi duwong thang d :3x—4y+1=0 va cach d mot khoang bang 1.

Loi giai

[AVi du 12. Trong miit phing v6i hé toa dd Oxy, cho dwdng thing d : x—+/3y—2=0 va hai diém
phéan biét A(l; \/5), B ¢ d . Viét phwong trinh duong thang AB, biét rang khoang cach tir B dén

giao diém cua dwong thang AB v&i d bang hai 1an khodng cach tir diém B dén d.
Loi giai
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3. Goc giira hai dwong thang.

a). Pinh nghia. Hai duwdng thang a va b cit nhau tao thanh bén gdc. S6 do nho nhit cta cac goc d6
dworc goi la s6 do clia goc gitra hai duwong thang a va b, hay don gian 1a goc gitra a va b.
Khi a song song hodc trung véi b, ta quy wéc goc giita chiing bing 0°.

b). Cong thirc xac dinh gbc giita hai dwdng thang.
Cho hai dwong thdng A, va A, cé phwong trinh A, : Ax+By+C, =0 va A,: Ax+B,y+C, =0
Khi d6 géc ctia né dworc xac dinh bédi cong thirc

a, +bb
COS(AI;AZ)Z |a1 2 bl 2| .
Ja +bf a1
bt biét: Phuwong trinh dwdng phan gidc ca goc tao bdi hai dwong thang
A tax+by+c =0 va A,:a,x+b,y+c, =0 c6 phwong trinh

ax+by+c _+a2x+b2y+c2

a2+b?  [al+b

Vi du 14. Tim m dé géc hop béi hai dwong thang Al:\/§x—y+7=0 va A, :mx+y+1=0
mot goc bang 30°
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[AVi du 15. Cho dwong thing d :3x—2y+1=0 va M (1;2). Viét phwong trinh dwong thing A di

qua M vataovédi d mot goc 45°.

Vi du 16. Trong mat phang v&i hé toa do Oxy, cho dwong thang d : 2x—y—2=0 va diém
I (1; 1). Viét phwong trinh dwong thang A cach diém | mot khoang bang J10 va tao vé&i dwong

thang d mot goc bang 45°.
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[ Vi du 17. Trong mit phdng véi hé toa do Oxy, cho diém M (0;1) va hai dwong thing lan lwot
d,:x-7y+17=0, d, :x+y-5=0. Viét phwong trinh duwong thang A di qua M va tao véi d,,
d, mot tam gidc can tai giao di€ém cta d, va d,.

Loi giai

B. CAC DANG TOAN VA PHPONG PHAP GIAL

DANG 1. Xét vi tri twong d6i ctia duwdng thangA.

1.Phwong phap.

Cho hai dwong thang d, :ax+by+c, =0; d,:a,x+b,y+c, =0

aXx+by+c =0

Ta xét hé
a,Xx+b,y+c,=0

(1) khi d6 néu:

Hé (1)vo nghiém suyra d, //d,.

Hé (1) v s6 nghiém suy ra d, =d,
Hé (1) c6 nghiém duy nhdt suy ra d, va d, cit nhau va nghiém ctia hé 1a toa do giao diém.

DPdc biét: Véi truong hop a,.b,.c, =0 khi do:

® Néu & = % thi hai dwong thang cit nhau.

a‘Z 2

@ Néu & b # G thi hai dwong thang song song nhau.
a2 b2 C2

® Néu &= h_o thi hai dwong thang tring nhau.
a’2 b2 CZ
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2.Bai tap minh hoa.

COIBai tap 1. Xét vi tri twong doi cac cap dwong thang sau
a). A 1 X+y-2=0; A,:2x+y-3=0
b). A, :—x-2y+5=0; A,:2x+4y-10=0
€). A :2x-3y+5=0; A,:x-5=0
d). A, :2x+3y+4=0;, A,:-4x-6y=0

CABai tip 2. Cho hai dwong thing: A, :(m+1)x—2y—m-1=0; A,:x+(m-1)y—-m*=0

a). Tim toa do giao diém cua A, va A,.

b). Tim diéu kién ctia m dé giao diém d6 nam trén truc Oy.
Loi giai

[Bai tap 3. Cho hai dwong thing A, :(m—3)x+2y+m?-1=0 va A, i~ x+my+(m-1)* =0.
a). Xac dinh vi tri twvong doi va xac dinh giao diém (néu c6) ciia A, va A, trong cac treong
hop m=0,m=1.
b). Tim m d€ hai duwdng thang song song vdi nhau.
Lo gidi
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LLBai tip 4. Cho tam gidc ABC c6 phuwong trinh cac dwong thang AB,BC,CA la
AB:2x—-y+2=0;BC:3x+2y+1=0; CA:3x+y+3=0.
Xac dinh vi tri twong d6i clia duwdng cao ké tir dinh A va dudng thing A:3x—y-2=0

Lo gidi

[ABai tip 5. Cho dwong thing d, :2x—y-2=0;d,:x+y+3=0 va diém M (3;0) . Viét phwong

trinh dwong thang A di qua M, cit d, va d, lan lwot tai diém A va B sao cho M 1a trung

diém cua doan thang AB
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3.C4u héi tric nghiém.

Cau 1. Xét vi tri twong d6i ctia hai dwong thang d, :x—2y+1=0 va d,:-3x+6y-10=0.
A. Trung nhau. B. Song song.
C. Vuong goc véi nhau. D. Cit nhau nhung khdng vudng géc nhau.
Lo1i giai.

Cau 2. Xét vi tri twong déi ciia hai dwong thang d, :3x -2y -6=0 va d, :6x—2y-8=0.

A. Trung nhau. B. Song song.
C. Vuong go6c véi nhau. D. Cit nhau nhung khdng vudéng géc nhau.
Lo gidi.

Cau 3. Xét vi tri twong déi cia hai dwong thang d, : g —% =1lvad,:3x+4y-10=0.
A. Trung nhau. B. Song song.
C. Vubdng goc vai nhau. D. Cit nhau nhung khong vudng géc nhau.
Lo gidi.

A e P N o Xx=-1+t x=2-2t
Cau 4. Xét vi tri twong doi cda hai duong thang d, : 5"

va
y=-2-2t y=-8+4t'

A. Trung nhau. B. Song song.

C. Vubdng goc vdi nhau. D. Cit nhau nhung khong vudéng goc nhau.

Lo giai.

A A o o X==3+4t | x=2-2t
Cau 5. Xét vi tri twong doi cda hai dudng thang d, : -

y =26t ly=-8+4t"
A. Trung nhau. B. Song song.
C. Vubng go6c véi nhau. D. Cit nhau nhung khéng vudng géc nhau.

Loi gii.
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. X=4+t
Cau 6. Xac dinh vi tri twong doi ctia hai dwong thang A, :7x+2y—-1=0va A, : { i
y=1-
A. Trung nhau. B. Song song.
C. Vuong goc véi nhau. D. Cit nhau nhung khdng vudéng géc nhau.

Lo giai.

, . X=4+2t
Cau 7. Xét vi tri twong doi cta hai dwong thang d, : { 1-gt vad,:3x+2y-14=0.
y=41-
A. Trung nhau. B. Song song.
C. Vudng goc voi nhau. D. Cit nhau nhung khéng vudng géc nhau.
Lo giai.
X=3+—t x—g+9t’
Cau 8. Xac dinh vi tri twong d6i clia hai dwong thang A, : 4 va A, : i .
=-1+—t =—+8t'
J 3 J 3
A. Trung nhau. B. Song song.
C. Vubdng goc vai nhau. D. Cit nhau nhung khdng vudéng géc nhau.
Lo giai.
A 7 . 7 A 2 . \ Z X = 4 + 2t by
Cau 9. Xét vi tri twong doi ctia hai duwdong thang d, : 1 st vad,:5x+2y-14=0.
y=41-
A. Trung nhau. B. Song song.
C. Vubdng goc vai nhau. D. Cit nhau nhung khdng vudng géc nhau.

Lovi giai.
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Cau 10. Xét vi tri twong ddi ctia hai dwong thang d, : {
y —_—

=-2t y=-2+3t
A. Trung nhau. B. Song song.
C. Vuong goc véi nhau. D. Cit nhau nhung khong vudéng goc nhau.

Lo giai.

A e . X=2+t . X=5-1
Cau 11. Cho hai dwong thang d, : d,:

va :
y=-3+2t y=-7+3t

Khang dinh nao sau day la ding:

A. d, songsong d,. B. d, va d, cat nhau tai M (1;-3).

C. d, truing vé6i d,. D. d, va d, ctnhau tai M (3;-1).

. x=1-t
Cau 12. Cho hai dwong thang d, : vad,: x-2y+1=0
y=5+3t
Khang dinh nao sau day la ding:
A. d, songsong d,. B. d, song song véi truc OX.
C. d, cattruc Oy tai M (O;%j. D. d, va d, catnhau tai M (%,gj

Céu 13. Cho bén diém A(4;-3), B(5;1), C(2;3) va D(-2;2). Xac dinh vi tri twong ddi cta hai
dudng thing AB va CD.

A. Trung nhau. B. Song song.

C. Vubdng goc vai nhau. D. Cit nhau nhung khéng vudng géc nhau.

Loi gii.
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Cau 14. Cho bén diém A(1;2), B(4;0), C(L-3) va D(7;—7). Xac dinh vi trf twong déi ctia hai
duong thing AB va CD.
A. Trung nhau. B. Song song.
C. Vudng goc véi nhau. D. Cat nhau nhung khoéng vudng goc nhau.
Lo giai.

Cau 15. Cac cip dwong thang nao sau day vudng gdoc véi nhau?
A d: vad,:2x+y-1=0. B.d,:x-2=0vad,: :
y=-1-2t y=0
C.d:2x-y+3=0vad,:x-2y+1=0. D.d, :2x-y+3=0vad,:4x-2y+1=0.

Cau 16. Dudng thang nao sau diy song song v&i dudng thang 2x+3y -1=07?
A 2x+3y+1=0. B. x-2y+5=0. C. 2x-3y+3=0. D. 4x-6y—-2=0.
Loi gii.

Cau 17. Puong thang nao sau day khong c6 diém chung véi dwong thang x -3y +4=07?
X=1+t x=1-t x=1-3t Xx=1-3t
A. . B. . C. . D. .
y=2+3t y=2+3t y=2+t y=2-t
Lo gial,
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C4u 18. Puong thing nao sau day vudng géc véi duong thing 4x -3y +1=07?
X =4t X =4t X =—4t X =8t
A. : B. . C. . D. .
y=-3-3t y=-3+3t y=-3-3t y=-3+t

. \ NS e . X
Cau 19. Puong thang nao sau day c6 vo s6 diéem chung véi dwong thang { ?
y —_—

Xx=0 X=-1+t X =-1+ 2018t x=1
A. . B. : C. . D. :
y=-1+2018t y=0 y=-1 y=-1+t

. . . X=-2+3t
Cau 20. Purong thang nao sau day c6 dung mot diém chung véi dwong thang { _c_7t
A 7x+3y-1=0. B. 7x+3y+1=0.
C. 3x—-7y+2018=0. D. 7x+3y + 2018 =0.

Cau 21. V&i gia tri ndo cia tham s6 m thi hai dwong thang d, :3x+ 4y +10 =0 va dwong thang
d,:(2m-1)x+m?y +10=0 tring nhau?
A m*2. B. m=+1. C.m=2. D.m=-2.
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Cau 22. Trong mit phang v&i hé toa do Oxy, cho hai dwong thang c6 phwong trinh [an lwot 12
d,:mx+(m-1)y+2m=0 va d,:2x+y-1=0.Néu d, songsong d, thi:
A m=2. B. m=-1. C. m=-2 D. m=1

A.mi—%. B. m=2. C.m;t%. D. m=

Cau 24. Vé&i gia tri ndo ctia a thi hai dwong thang d. :2x—4y+1=0va d,:
gid tri g thing d, y 2 {y:3—(a+1)t

vuong goc voi nhau?

Cau 25. Vi gia tri ndo ctia m thi hai dwong thang d, : {
y

trung nhau?
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] . X=2+2t
Cau 26. Tim tat ca cic gia tri cia m dé hai dwong thang d, :{ L va d,:4x-3y+m=0
y=1+
trung nhau.
A. m=-3. B.m=1. C.m:g. D.med.

Cau 27.V&i gia tri ndo ca m thi hai dwong thang d, : 2x+y +4—m =0 va dwong thing
d,:(m+3)x+y+2m-1=0 song song?
A.m=1 B. m=-1. C.m=2 D. m=3.

Cau 28. Tim tAt ca cc gia tri cia m dé€ hai dwong thiang A, : 2x—3my +10=0 va dwong thing
A, :mx+4y+1=0 catnhau.
A.1<m<10. B.m=1. C.Khoéng c6 m. D.V&imoi m.

C4u 29. Vi gia tri nao ctia tham s6 m thi hai dwong thang A, :mx+y —19=0 va dwong thang
A, :(m-1)x+(m+1)y—20=0 vudng goc?
A.V&imoi m. B.m=2. C.Khong c6 m. D. m=+1.

Loi gii.
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Cau 30. Gia tri ndo cia m thi dwong thang d, :3mx+2y+6=0 vad, :(m2 +2)x+2my+6=0 cat

nhau?
A m=-1. B. m=1. C. melR. D.m=1va m=-1.

Cau 31. Vi gid tri ndo ctia m thi hai dwong thang d; :2x—-3y-10=0va d, :{y i

vuong goc?
A.mzl. B.m=g. C.m:—g. D.m=—§.
2 8 8 4
Loi giai.

Cau 32. Vi gid tri nao ctia m thi hai dwong thang d, :4x -3y +3m=0 va d,: { Ao
y=4+m

nhau?
Am=—< B.m="> Cme—2 D.m=2
3 3 &
Loi giai.
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Cau 33. Vi gia tri ndo ctia tham s m thi dwong thang d, :3mx +2y — 6 =0 va dwong thang
d, :(m2 +2)x+2my—3:0 song song?
A m=Lm=-1. B.me(d. C. m=2. D. m=-1.

A 7 = =7z . pY 2 3 . \ Z X:8_(m+1)t by
Cau 34. V&i gia tri nao cia m thi hai dwong thang d, : o va d,:mx+2y-14=0
=10+
song song?
m=1
A{ : B.m=1. C.m=-2. D.med.
m=-2

Céu 35. Vi gia tri ndo ctia tham s& m thi hai dwong thing d, :(m-3)x+2y+m?-1=0 va

d,: —x+my+m?—2m+1=0 cit nhau?

m=1 m=1
A.m=1. B.{ i C.m=#2. D.[ .
m = 2

. X=m+2t x=1+mt
Cau 36. V&i gia tri nao cia m thi hai dwong thang A, : ) va A,:
y=1+(m’+1)t y=m-+t
trung nhau?
A.Khong co m. B.m:g. C. m=1. D. m=-3.
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A. (0;2). B. (0;5). C. (2,0). D. (-2;0)
Lo giai.
: o . =2t
Cau 38. Tim toa do6 giao diém cua dwong thang d : { _ &, va truc tung.
A (%Oj B. (0;-5). C. (0;5). D. (-5;0)
Lo giai.

C4u 39. Tim toa do giao diém cla hai dwong thang 7x—-3y+16=0 va x+10=0.
A. (-10;-18). B. (10;18). C. (-10;18).

D. (10;-18).

R . .. . . . X=-3+4t X=1+4t'
Cau 40. Tim toa d¢ giao diém cua hai dudng thang d, : vad,: -
y=2+5t y=7-5t
A (3,7). B. (-3;2). C. (2,-3). D. (51).

Loi gii.
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. X=22+2t .
Cau 41. Cho hai dwong thang d, :2x+3y-19=0 va d, :{y e Tim toa do giao diém cta
=55+
hai duwdng thang da cho.
A. (2;5). B. (10;25). C. (-L7). D. (5;2).

Céu 42. Trong mit phang véi hé toa do Oxy, cho hai diém A(-2;0), B(1;4) va duong thing

X=-t . ;
d :{ . Tim toa d6 giao di€ém ctia dworng thang AB va d.

y=2-t
A. (2:0). B. (-2:0). C. (0;2). D. (0;-2).
Loi giai.
a , q P q \ 2 N X=-1+t < q A
Cau 43. Xac dinh a dé hai dwong thang d,:ax+3y—-4=0 va d,: y=3+3t cat nhau tai mot
=3+

diém nam trén truc hoanh.
A a=1 B.a=-1. C.a=2. D.a=-2.

C4u 44. Tim t4t ca cac gid tri clia tham s6 m dé hai dwong thing d, : 4x +3my —m* =0 va

X=2+t , , R
5! { cat nhau tai mot diém thudc truc tung.

y=6+2t
A. m=0 hodac m=-6. B. m=0 hoac m=2.
C. m=0 hoac m=-2. D. m=0 hodc m=6.
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Cau 45. Cho ba dwong thang d, :3x—2y+5=0,d,:2x+4y—-7=0,d,:3x+4y —-1=0.
Phwong trinh dwong thang d di qua giao diém cta d, va d,, va songsong véi d, 1a:
A 24x+32y-53=0. B.24x+32y+53=0. C. 24x-32y+53=0.D.24x—32y—53=0.

Lo giai.

Ciu 46. Lap phwong trinh dwong thang A di qua giao diém cta hai dwong thang d, : x+3y-1=0,
d, : x—3y-5=0 vavudng goc véi dwong thang d, : 2x—y+7=0.
A. 3x+6y-5=0. B. 6x+12y-5=0. C. 6x+12y+10=0. D. x+2y+10=0

Lo giai.

C4u 47. Trong mit phang v&i hé truc toa do Oxy, cho ba dwong thang I4n lwot c6 phwong trinh
d,:3x—4y+15=0, d,:5x+2y-1=0 va d,:mx—(2m-1)y+9m—-13=0. Tim t4t ca cac gia tri

clia tham s6 m dé ba dwong thang da cho cung di qua mot diém.

A.mzl. B. m=-5. C.mz—l. D. m=5.
5 5

Loi gii.
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Ciu 48. Néu ba dwong thing d,: 2x+y-4=0, d,:5x—2y+3=0 va d,:mx+3y-2=0 dong
quy thi m nhéan gia tri nao sau day?

A. E B. —E. C.12. D. -12.
S 5

Cau 49. Vi gia tri nao cia tham s6 m thi ba dwomgthang d, :3x —4y +15=0,d, :5x+2y—1=0 va
d,:mx—4y+15=0 dong quy?
A. m=-5. B. m=5. C. m=3. D. m=-3.

C4u 50. Vi gia tri nao cia tham s6 m thi ba dwongthang d, :2x+y—1=0,d,:x+2y+1=0 va
d,:mx—y—7=0 doéng quy?
A.m=-6. B. m=6. C. m=-5. D. m=5.

0 . x=1+2t
Cau 51. biém nao sau day thudc dwong thang d : { o g
A M (2;-1). B. N(-7;0). C. P(35). D. Q(3; 2).
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X=-1+2t
?
y=3-5t
A. M (-13). B. N(-2). C. P(31). D. Q(-3;8).

C4u 52. Diém nao sau day khéng thudc duwdng thang {

DANG 2. Tim toa d6 hinh chiéu ctia diém A, diém ddi xirng A’, phwong trinh d6i xirng ctia dwong
thang A qua diém | va qua duwdng thiangd .

1.Phwong phap.
@ Tim toa d6 hinh chiéu H ctia diém A xudéng duwdng thing A:ax+by+c=0;
A(Xarya)
Al

I_T(a;b)

A H ax + by + ¢=0

Ta tién hanh cic buwéc sau:
Budrc 1: 1ap phwong trinh dwong thing A' qua A vudng géc voi A.
Khidé AY/n nén A' nhan n=(a;b)lam véc to chi phwong hay n=u,, =(a;b) va di
X=X, +at

, R.
y =y, +bt <

qua A(X,;Y,) c6 phuong trinh tham s6 A’ :{

X=X, +at
Bwéc 2: Hinh chiéu H lagiaodiémcia A va A" ::iy=y,+bt |, teR.
ax+by+c=0

Cach khac:
Bwéc 1: Piém H thudc A c6 toa do theo tham sé t (hodc x, hodc y).

Bwéc 1: Cho didu kién AH L d < AH.U=0 dé tim t.
@ Tim toa @6 A’ d6i xtirng véi diém A xudng dwdng thing A:ax+by+c=0;

A(Xa3ya)
,,AI ?T(a;b)
1 L\
A H| ax + by + ¢=0
x

Bwéc 1: Tim hinh chiéu H cia diém A xudng dudng thing A:ax+by+c=0;
Buwéc 2: Diém doi xirng A' cia A qua duong thang A= H trung diém dé suy ra AA' nén ap

o Xat Xy
R n , T2 Xy = 2Xy =X,
dung cong thirc trung diém = :

YAt Ya yA':2yH —Ya
Yo = 5

2.Bai tap minh hoa.
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[JBai tap 6. Cho dwong thang A:4x—3y+5=0. Tim toa d6 hinh chiéu ctia diém M (1;2) lén
duong thang A

[DBai tip 7. Cho dwong thang d : x—2y+4 =0 va diém A(4;1)
a). Tim toa d6 hinh chiéu vuéng géc cia A 1én d.
b). Tim toa d6 diém A' d6ixirng véi A qua d.
Loi gidi

Loi gidi
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LOBai tdp 9. Tim toa d6 truc tAm H cia tam gidc ABC va xac dinh toa d6 diém K doi xirng véi
H quaBC:
a). A(0; 3); B(3,0); C(-1-1). b). A(-2;1); B(2,—-3); C(5; 0).

59

® Tim dwdng thing A’ d6i xtimg véi dwong thang A:ax+by+c=0 qua diém |.
1.Phwong phap.
Ta tién hanh cac buwéc sau Fab)
Bwdc1: A' d8ixtimg v6i A qua | nén AY/A=n, =n, =(a;b). L
. 2 + by + ¢=0
Bwéc 2: ChonM € A. Tim M'e A'véi M’ doi xtrng véi diem M A - - T
qua diém | = | 13 trung diém ctia doan MM' = 1N
Bwdérc 3: Vay dwdng thing A'c6 véc to phép tuyén n, =n, =(a;b) A I e
va di qua diém M’ c6 dang: a(x—Xxy,.)+b(y—-yy )=0. M’
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2.Bai tdp minh hoa.
[ Bai tap 10. Cho duong thang A:2x—y+1=0 va diém 1(1;2) .

Tim phwong trinh dwong thing A' d6i ximg véi A qua diém |
Loi giai

[ABai tdp 11. Cho diém M (1;3) va dwong thdng d : x+2y+1=0.

Lap phuwong trinh duwong thang d’ ddi xirng véi d qua diém M .
Loi giai

@ Tim dwong thing A’ d6i xting v6i dwong thang A:ax+by +c¢ =0 qua dwong thing d.

1.Phwong phap.
Cho dwong thang A:ax+by+c=0 va d:ax+b'y+c' =0
Khi dé ta xét hai trweong hop sau

Trwong hop 1: A song song véi d tic la E,:BI;:&E'. Khi do .
a b c AN (ab)
Buwéc 1: A' d6i xeng véi A qua dnén A'//A//d
:>nj=n7,=(a;b). Aﬂ M ax + by + ¢=0
Bwéc 2: ChonM e A. Tim M’ e A'véi M’ d6i xieng véi diém M T_I d
qua dwong thing d = H 1a trung diém ctia doan MM' = H
o = Xt X . A' |
H Xy = 2%, — X M
2 @{ M HT M
_Yu tYw Ym =2yH —Yu
Y T,

Buwéc 3: Vay dudng thing A'cd véc to phap tuyén E = a =(a;b) va di qua diém M’ c6 dang:
a(x—%y )+b(y—yu)=0.
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2.Bai tap minh hoa.

[Bai tip 12. Lap phwong trinh dwong thang d' ddi xirng véi dwong thang (d) qua duong
thdng A v6i:(d):2x—3y+1=0;(A):2x-3y—1=0.

Loi giai

[ Bai tap 13. Lap phuong trinh dudng thang (d,) déi xing véi dudng thing (d) qua dudng thang
(A) biét: (d):x+2y—-1=0;(A):—x—2y+3=0.

Lo gidi
\ p : . wa_ b _c -
Truong hop 2: A cat d tai N ticla —,:F;t—,. Khi dé
a c
Bwéc 1: A cit d tai N nén toa dd diém N 1a nghiém ctia hé

ax+by+c=0

ax+by+c' =0

Bwéc 2: ChonM e A. Tim M’ e A'véi M’ d6i xirng véi diém
M qua dwong thang d = H 1a trung diém cua doan MM' =
X+ Xy

Phwong trinh: {

Xy
Xy = 2%, — X
2 @{M H M
Yyt Ym yM’:ZyH —Yu
yy =M TM

2
Buwéc 3: Vay dudng thing A'di qua diém hai diém M,M’ ¢6

véc to chi phwong MM,
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2.Bai tap minh hoa.

[OBai tap 14. Cho hai dwong thing d, : x+y-1=0 va d, : x—3y+3=0 . Hay l4p phwong trinh

ctia dwong thang d, ddi xing voi d; qua d,.

[ABai tép 15. Lap phwong trinh dwong thang (d,) déi xing véi duong thang (d) qua duwong
théng (A) biét:(d):x+2y—-3=0;(A):x-y=0.

Lo giai
Ns A q \ 2 N x=-1-t
LBai tip 16. Cho hai dwong thang A: x—2y+6=0 va A": ;
y:

a). Xac dinh toa d6 di€m déi xirng véi di€ém A(-10) qua dwdng thang A.

b). Viét phwong trinh duwdng thang ddi xitng véi A' qua A
Loi giai
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3.CAu héi tric nghiém.

Cau 53. Trong mit phing toa do Oxy cho hai diém M (4;1), N (—1;2), M'(X; y) la diém déi
xirng vé¢i M qua N .Khidé x+Yy co gidtrila
A. -3. B. 3. C. 9. D. 9.

Cau 54. Cho dwong thiang d :x—2y-3=0.
Tim toa do hinh chiéu vudng géc H cia diém M ( 0;1) trén dwong thang.
A.H(—1;2). B.H(5;l). C.H(S;O). D.H(l;—l).
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Cau 55. Cho diém M (1;2) va d:2x+y-5=0.Toa do ctia diém d6i xirng véi diém M qua d 1a

A. (%%) B. (-2,6). C. (o; gj D. (3;-5).

Cau 56. Cho dwong thing d : -3x+y—3=0 va diém N(-2;4). Toa dd hinh chiéu vudng géc cia
N trén d la

A (-3,-6). B. (—%1—31) C. (%%) D. (%%)

Cau 57. Trong mat phang toa do Oxy, hinh chiéu vudng gic ctia diém A(2;1) trén dudng thing
d:2x+y—-7=0 cétoaddla

A (—%;—9. B. (ggj C. (31). D. (%%)
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C4u 58. Cho dwong thang d : x—2y—-3=0.
Tim toa d6 hinh chiéu vuéng goc H ctia diém M ( 0;1) trén dwong thang.
A H(-12). B. H(5:1). C. H(30). D. H(1;-1).

A. (-4;8). B. (-4;-8). C. (4,8) . D. (4,-8) .

Cau 60. Cho hai dwong thang d, :x+2y-1=0, d, : x-3y+3=0.
Phwong trinh dwong thang d ddi xirng véi d, qua d, la:
A x-2y+2=0. B.2x-y+2=0. C.x+2y+2=0. D. x+7y+1=0.
Lo giai
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Cau 61. Trong mit phang toa dd Oxy, cho ba diém A(l; O), B(O; 5) va C (—3; —5) .
Tim toa dd diém M thudc truc Oy sao cho ‘SW—ZW +4M—C" dat gia tri nho nhat?
A. M (0;5). B. M (0;6). C. M (0;-6). D. M (0;-5).

Cau 62. Trong mit phing hé toa dd Oxy cho dwong thing A:x—2y—-5=0 va cac diém A(L;2),
B(-2;3), C(-2;1). Viét phuong trinh dwong thing d, biét duong thing d di qua gdc toa do va

cit dworng thing A tai diém M sao cho: |[MA + MB +MC | nhé nht.
A x+y=0. B. x-3y=0. C. 2x-3y=0. D. 2x+y=0.
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DANG 3. Tinh khoang cach, géc ciia hai dudng thang.

1.Phwong phap.

Pé xac dinh khoang cach, géc cua hai dwong thang ta 4p dung cac cong thirc sau:
® Khoang cach ctia hai diém phén biét A(X,;y,) va B(Xg; Vs ) duoc tinh theo cong thirc:

AB :\/(XB _XA)2 +(ys _yA)Z

@ Khoang cach tir mot diém M (x,; Y, ) toi dwong thang M(%i¥0)
A AX+ By+C:0(A2+B2 ;tO)

_|Ax, + By, +C]| H
\/m A Ax+By+C=0
® Vi tri clia hai diém d6i véi dwong thang.
Cho duong thing A: Ax+By+C =0 va M (X,; Y, ) €A, N(Xy;Yy)€A. Khido
+ M, N cung phia v&i dwong thang A khi va chi khi M
(Ax, +By,, +C)(Ax, +By, +C)>0. N

d(M,A)

A Ax+By+C=0

+ M, N khac phia véi dwong thang A khi va chi khi M
(Ax, + By, +B)(Ax, + By, +C)<0.

A AX+By +C=0

*N

@ GOc gitra dwong thang A, : AX+By+C,=0va A, : Ax+B,y+C, =0 dwoc xac dinh béi
cong thirc

>
nl(A1§Bl)

_ |AA, + BB,
AjA,) =
cos(84:8,) JA? B2 A7+ B?

-
Al nZ(AziBz)

® Phuwong trinh dwong phan giac clia goc tao boi hai duwong thangA, :ax+by+c =0 va

ax+by+c _+a2x+b2y+c2

Jal +b’ - Jaz +bl

A, a,X+b,y+c, =0 c6 phuong trinh

2.C4u héi tric nghiém.

Xx=-1+at

Cau 63. V&i gia tri ndo ctia a thi hai dwong thang d. :2x—4y+1=0va d,:

vuong géc véi nhau?

Ciu 64. Tinh gdc tao bai gitra hai dwong thang d, :2x—y-10=0va d,: x—3y+9=0.
A. 30°. B. 45°. C. 60°. D. 135°,
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AL B.Z. c 2~ D. 3%
4 3 3 4

Ciu 66. Tinh gdc tao bdi gitra hai dwong thang d, : 2x + 2\/§y +5=0vad,:y-6=0.

A. 30°. B. 45°. C. 60°. D. 90°.
Lori giai.
Cau 67. Tinh gdc tao bdi gitra hai dwong thang d, : X + \/éy =0vad,:x+10=0.
A. 30°. B. 45°. C. 60°. D. 90°.

A. 30°. B. 45°. C. 60°.
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Ciu 69. Cho dwong thang d,: x+2y—-7=0va d,:2x—4y+9=0.
Tinh cosin clia géc tao bédi gitra hai dwong thing da cho.

Cau 70. Cho dwong thang d, :x+2y-2=0va d,:x—-y=0.
Tinh cosin ctia goc tao bi gitra hai duwdng thang da cho.

X=2+t
y=1-t
Tinh cosin ctia goc tao bai gitra hai duwdng thang da cho.

Cau 71. Cho dwong thang d, :10x+5y—-1=0 va d, :{

o, &0 B3 c. Y10 p. 3.
10 5 10 10
Lo giai.
A 2 . x=15+12t
Cau 72. Cho dwong thang d, :3x+4y+1=0va d,: :
y=1+5t
Tinh cosin ctia goc tao bai gitra hai duwdng thang da cho.
56 3 & 3
65 65 65 65
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A . 2 5 . X=2m-1+t
Cau 73. Cho duong thang d, :2x+3y+m°—-1=0va d,: A .
y=m"-1+3t

Tinh cosin clia goc tao bdi gitra hai duwdng thang da cho.

3 2 3 1
A—— . B. . C. —. D. —=.
130 5.5 J5 2

X=2+at
y=1-2t

Tim c4c gi4 tri cia tham s6 a dé d, va d, hop véi nhau mot géc bang 45°.

Ciu 74. Cho hai dwong thang d, :3x+4y+12=0va d,: {

A.azghoéc a=-14. B.azghoécA,B
C. a=5 hoac a=-14. D.azéhoéc a=>.
Loi giai.

Cau 75. DPwong thang A di qua giao diém ctia hai dwong thang d, : 2x+y—-3=0 va
d,:x—2y+1=0 dong thoi tao véi dwdmg thang d,:y—1=0 mdt goc 45° c6 phuong trinh:
A. x+(1—\/§)y:0 hodac A:x—-y-1=0. B. A:x+2y=0 hodc A:x-4y=0.

C.A:Xx—y=0hoac A:x+y—-2=0. D. A:2x+1=0 hodac y+5=0..

Céu 76. Trong mit phang v&i hé toa do Oxy, c6 bao nhiéu dwdng thang di qua di€ém A(2;0) va

tao vé&i truc hoanh moét géc 45°?
A. C6 duy nhit. B.2. C. V6 so. D. Khong ton tai.

Lovi giai.
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Cau 77. Pwong thang A tao véi dwong thdng d : x+ 2y —6 =0 mot goc 45°.
Tim hé s6 géc k cua dwong thang A.
A.kzlhoéc k =-3. B.kzlhoéc k=3.
3 3
1. . 1, .
C.k=—§hoac k =-3. D.k=—§hoac k=3.

C4u 78. Biét rang c6 dung hai gia tri cia tham sd k dé dwong thang d : y = kx tao v&i dudng
thdng A:y=x mot goc 60°. Tong hai gia tri cia k bing:

Cau 79. Trong mat phang v&i hé toa dd Oxy, cho dwong thang A:ax+by+c=0 va hai diém
M (X,: V), N (Xn ; yn) khong thudc A. Chon khang dinh ding trong cac khing dinh sau:

A. M, N khéc phiasovéi A khi (ax, +by, +c).(ax, +by, +¢)>0.
ax,, +by, +c).(ax, +by, +¢)=0.

B. M, N cung phia so v&i A khi ( ( )=
C. M, N khac phiaso véi A khi (ax, +by, +c).(ax, +by, +¢)<0.

D. M, N cing phia so véi A khi (ax, +by, +c).(ax, +by, +¢)>0.

Lovi giai.
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Cau 80. Trong mat phing véi hé toa do Oxy, cho dwong thang d :3x+4y—-5=0 va hai diém
A(L3), B(2;m). Tim t4t ca cac gia tri ctia tham s6 m dé A va B nam cling phia d6i véi d.

A. m<0. B.m>—%. C. m>-1. D.m=——.

Cau 81. Trong mit phang vdi hé toa dd Oxy, cho duwong thang d :4x—7y+m=0 va hai diém
A(L2), B(—3;4). Tim t4t ca cac gia tri cia tham s m dé€ d va doan thing AB c6 diém chung.

m > 40
A.10<m<40. B. . C.10<m<40. D. m<10.
m<10
Loi giai.
A - 2 ) A A by <2 X = 2 +t \ . . A
Cau 82. Trong mat phang v&i hé toa dd Oxy, cho dwdng thang d :{ _1-3t va hai diem A(ZL' 2),

B(—2;m). Tim t4t ca cac gia tri clia tham s6 m d& A va B nam cung phia ddi véi d.
A. m>13. B. m>13. C.m < 13. D.m = 13.

. 5 X=m+ 2t .
Cau 83. Trong mat phang véi hé toa do Oxy, cho dwong thang d :{ " va hai diém

A(%2), B(-3;4). Tim m dé& d cit doan thdng AB.
A. m<3. B. m=3. C. m>3. D. Khong ton tai m
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Cau 84. Trong mit phing v6i hé toa d6 Oxy, cho tam gidc ABC c¢6 A(L;3), B(—2;4) va
C(-1L5). bwong thang d : 2x—3y +6=0 cat canh nao ctia tam giac da cho?
A.Canh AC. B. Canh AB. C.Canh BC. D. Khéng canh nao.

C4u 85. Cap dwong thang ndo dwdi day 1a phan gidc cia cac goc hop béi hai duwdong thang
A ix+2y-3=0vaA,:2x-y+3=0.
A.3x+y=0va x-3y=0. B.3x+y=0va x+3y—-6=0.
C.3x+y=0va —x+3y-6=0. D.3x+y+6=0va x-3y-6=0.

C4u 86. Cap dwong thang ndo dwdi day 1a phan gidc cua cac goc hop bdi dwong thang
A X+ Yy =0 vatruc hoanh.

A. (1+\/§)x+y:0; x—(l—\/E)y:O. B. (1+J§)x+y:0; x+<1—«/§)y:0.
C. (1+\/§)x—y:0; x+(1—\/§)y:0. D. x+(1+\/§)y:0; x+(1—\/§)y:0.

Cau 87. Trong mit phang véi hé toa do Oxy, cho tam gidc ABC c6 A(%;Sj, B(L2) va C(-4;3).

Phwong trinh dwong phan giac trong cta goc A la:
A 4x+2y-13=0. B. 4x-8y+17 =0. C. 4x-2y-1=0. D. 4x+8y—-31=0.
Loi giai.
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Cau 88. Trong mat phang hé toa dd Oxy, cho tam giac ABC c6 A(1;5), B(—4;-5) va C(4;-1).

Phwong trinh dwong phan gidc ngoai cia géc A la:
A y+5=0. B. y-5=0. C. x+1=0. D. x-1=0.

Cau 89. Trong mit phang Oxy, cho hai duwong thang d,:3x-4y—-3=0 va d,:12x+5y -12=0.
Phuwong trinh dwong phan gidc géc nhon tao béi hai dwong thang d, va d,
A. 3x+11y-3=0. B.11x-3y-11=0. C. 3x-11y-3=0. D.11x+3y-11=0.
Lo giai.

Céu 90. Trong mat phing hé toa d6 Oxy, cho di€ém M (Xx,;y,) va duong thing A:ax+by+c=0.
Khoang c4ch tir difm M dén A dwoc tinh bang cong thirc:

b
A d(M,8) =2l B.d(M,A)=

Jai+b?

ax, + by, +c|

Ja? +b?

ax, + by,
Jai+b?
ax, +by, +¢

JaZ+b?

C.d(M,A)= D.d(M,A)=

Lovi giai.
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B. 2.

>
o
SRS

Cau 92. Khoadng cach tlr giao diém cua hai dwong thing x—3y+4=0 va 2x+3y-1=0 dén
duong thang A:3x+y+4=0 bang:

A, 210, g, V10 V10

. D. 2.
9

Céu 93. Trong mit phing v&i hé toa dd Oxy, cho tam giac ABC c6 A(L;2), B(0;3) va C(4;0).
Chiéu cao cta tam giac ké tir dinh A bang:

Al B. 3. = D3
5 25 5
Lo giai.

Céu 94. Trong mit phang v&i hé toa do Oxy, cho tam gidc ABC c6 A(3;,-4), B(L5) va C(3;1).
Tinh dién tich tam giac ABC.

A.10. B.5. C. /26. D. 2+/5.
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Céu 95. Khoang cach tir diém M (0;3) dén dwong thang
A:xcosa + ysina +3(2—sina) =0 bang:

A. /6. B. 6. C. 3sinc. D

" cosa +sina

, . X=1+3t
Ciu 96. Khoang cach tir diém M (2;0) dén dudong thang A: { D At bang
=2+
A2 B. 2. ¢ D. X2
5 J5 2

C4u 98. Tim t4t c4 cac gi tri clia tham s6 m d€ khoang cach tir diém A(-1;2) dén dwdng thing

A:mX+Yy-m+4=0 bing 2/5.

A.m=2 B 1 . C.m=—%. D. Khong ton tai m.
m=2=
2
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Cau 99. Tim tAt ca cac gia tri ctia tham s6 m dé khodng cach tir giao di€ém cua hai dwong thang

X=t . . s
dl:{ vad,:Xx—2y+m=0 dén goc toa do bang 2.

y=2-t

m=-4 m=-4 m=4 m=4
A. : B. : C. . D. .

m=2 m=-2 m=2 m=-2

Céu 100. Puwong tron (C) c6 tam la géc toa dd O(0;0) va tiép xiic véi A:8x+6y+100=0. Ban
kinh R ctia dwong tron (C) bang:
A R=4, B.R=6. C. R=8. D. R=10.

Cau 101. Puong tron (C) 6 tdm | (—2;-2) va tiép xic v6i dwong thang A:5x+12y —10=0.
Ban kinh R ctia duwong tron (C) bang:

AR=2 B.R=22 C. R=44. D.R=_.
13 13 13
Lo giai.

2

. 2 I ST \
Cau 102. Véi gia tri nao cia m thi dwong thang A: % X — i y+m=0 tiép xtc véi duwdng tron

(C):x*+y?=1?

A.m=1. B. m=0. C.m:ﬁ. D.mzﬂ.
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Cau 103. Cho dwong thdng d :21x—-11y —10=0. Trong cac diém M (21-3), N(0;4), P(-19;5)
va Q(1,5) diém nao gan dwong thang d nhét?
AM. B.N. C.P. D.Q.

Céu 104. Cho duong thang d : 7x+10y —15=0. Trong cac di€ém M (L-3), N(0;4), P(-19;5) va
Q(1;5) diém nao cach xa dwong thang d nhat?
A M. B. N . C.P. D.Q.

Céu 105. Trong mit phang véi hé toa d6 Oxy, cho hai diém A(2;3) va B(L4).

Puwong thang nao sau diy cach déu hai diém A va B?
A x-y+2=0. B. x+2y=0. C. 2x-2y+10=0. D. x-y+100=0.

Céu 106. Trong mét phdng v&i hé toa dd Oxy, cho ba diém A(0;1), B(12;5) va C(-3;0).
Duwong thiang nao sau diy cach déu ba difm A, B va C.
A . x-3y+4=0. B. -x+y+10=0. C. x+y=0. D.5x—-y+1=0.
L giai.
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Céu 107. Trong mdt phang véi hé toa d6 Oxy, cho hai diém A(L1), B(-2;4) va duong thing
A:mx—y+3=0.Tim tit ca cac gia tri cia tham s6 m dé A cach déu hai diém A, B.

AL B.3. C.2. 2
2 2 2
Lo giai.

. K==l
Cau 109. Tinh khoang cach gitra hai dwong thang d :7x+y—-3=0va A :{y s
A.%. B. 15. C.9. D.i.
2 50

Cau 110. Khoang cach gitra hai dwong thiang song song
d,:6x—8y—101=0 va d, :3x—4y=0 bang:

A.10,1. B.1,01. C. 101. D. +101.

Cau 111. Puwong thang A song song v&i dwong thiang d:3x—4y+1=0 va cich d mot khoang
bang 1 c6 phwong trinh:

A, 3x—4y+6=0 hosic 3x—4y—4=0. B. 3x— 4y —6=0 hodic 3x—4y+4=0.

C. 3x—4y+6=0 holc 3x—4y +4=0. D. 3x—4y—6=0 hosic 3x—4y—4=0.

79 | Lop Todn Thiy-Diép Tuin Tel: 0935.660.880 |



I Trung Tam Luyén Thi Dai Hoc Amsterdam Chwong IlI-Bai 2. Khodng Cich va Goc I

Cau 112. Tap hop cac diém cach dwong thidng A:3x -4y + 2 =0 modt khoadng bang 2 13 hai
duong thang c6 phwong trinh nao sau day?
A. 3x—4y+8=0 hoac 3x—4y+12=0. B. 3x—4y-8=0 hoac 3x—-4y+12=0.
C. 3x—4y—-8=0 hodc 3x—4y-12=0. D.3x—4y+8=0 hodc 3x—4y-12=0.

Cau 113. Trong mat phang vdi hé toa d Oxy, cho hai dwong thang d, :5x+3y—-3=0 va
d, :5x + 3y + 7 =0 song song nhau. Pudng thang vira song song va cach déu véi d,, d, la:
A. 5x+3y—-2=0. B. 5x+3y+4=0. C. 5x+3y+2=0. D. 5x+3y—-4=0.
Lo giai.

DANG 4. Tim toa diém M thudc dwdng thang A thdéa min diéu kién cho truéc.
1.Phwong phap.

Dé xac dinh toa do diém thudc dwong thang ta dwa vao nhan xét sau:
X =X, +at
y=Y,+bt

® biém M thudc dwong thang A:{ , teR (hoac AT K y_byO)
a

c6 dang M (x, +at;y, +bt)|.

@ Dwa vao gia thiét vudng( tich vd hwéng), tam gidc can ( do dai bang nhau), khodng cach,
gbc...suyra t.

2.Bai tap minh hoa.

[IBai tap 17. Cho dwong thiang d :2x+y+3=0.Tim diém M trén d sao cho
a). MA=25 véi A(3,-1).
b). % =2 y6i A(0;1)va B(3-1).

J19

0). X, +2yZ =3.
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LBai tip 18. Cho dwong thang d : x—3y+1=0. Tim di€ém M trén d sao cho
a). d(M;A):S«/E vOoi A:x+y+3=0.
b). d(M;A,)=d(M;A,), véi A, :x+2y—-1=0; A, =2x+y+4=0;

Loi gidi
. A = A N 2 X = 1+ 2t N A T A
LABai tip 19. Cho 2 diém A(—l; O), B(2;3), dwong thang d : . Tim toa d6 diém C trén
y=-5-
d sao cho tam gidc ABC vudngtai A.
Loi gidi

x=1-t

[Bai tip 20. Cho 2 diém M (-14),N(5;—4), dwong thing d :{ g’
y=2-

Tim toa dd diém A trén d sao cho tam gidc AMN vudng tai A.
Loi giai
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. x=1-2t
[QBai tip 21. Cho dwong thang d :{y e B(3,-1),C(-1-3).
=-1+

Tim toa do diém A trén d sao cho A B,C thiang hang.

Loi giai

f . A N @ X=-2-2t N 3
LBai tip 22. Cho dwong thang A:
y=1+2t
Tim diém B trén A sao cho MB ngin nhit.

Loi giai
LOBai tip 23. Cho tam gidc ABC véi A(—ZL‘ O), B(2; 3),C(3; —6)Vé1 duong thang d : x—2y-3=0.
Tim diém M trén d sao cho ‘W+W+M_C‘ nho nhat.

Loi gidi
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[dBai tdp 24. Trong mdt phang véi hé toa do Oxy, cho diém A(0;2) va duwong thang
d:x—2y+2=0.Tim trén dwong thing d hai difm B, C sao cho tam gidc ABC vudng & B va
théa man AB=2BC.

[ABai tip 25. Trong mat phdng véi hé toa do Oxy, cho hai diém A(L;1), B(4;-3) va duong
thang d : x—2y —1=0. Tim toa dd di€ém C thudc d sao cho khoang cich tir C dén dwong thang
AB bang 6.
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LBai tdp 26. Trong mit phang véi hé toa dd Oxy, cho dwong thiang d:x—3y—-6=0 va diém
N(3;4). Tim toa d6 difm M thudc d sao cho tam gidc OMN (O la gdc toa d6) c6 dién tich

. 15
bang —.
£ 2

3.CAu héi tric nghiém.

Céu 114. Trong mat phdng v6i hé toa dd Oxy, cho hai diém A(L1), B(4;-3) va duong thing
d:x—2y—-1=0. Tim diém M thudc d c6 toa d6 nguyén va thda man khodng cach tiv M dén
dudng thang AB bang 6.

A M(37). B. M (7;3). C. M (—43;—27). D. M [3;—%).
Lo giai.
R o g il R NP s X=2+2t
Cau 115. Trong mat phang v&i hé toa do Oxy, cho diém A(O;l) va dwong thang d : G
y=3+
Tim diém M thudc d va cich A mdot khoang bang 5, biét M ¢6 hoanh d6 am.
M (—4;4)
A. M (44). B. 24 2). C. M (_ﬁ;_Ej_ D. M (—4;4).
M [——;——j 5 5
5 5
Loi giai.

84 | Lop Todn Thiy-Diép Tusn Tel: 0935.660.860 |



ITrung Tim Luyén Thi Pai Hoc Amsterdam Chuwong IlI-Bai 2. Khodng Cich va Goc I

Cau 116. Biét rang c6 dung hai diém thudc truc hoanh va cach duong thing A:2x-y+5=0
mdt khoang bing 2+/5. Tich hoanh dd cta hai diém dé bing:

A. —E. B. —E. C. —%. D. bap so6 khéc.
4 4 4
Lori giai.

Céu 117. Trong mét phing v&i hé toa dd Oxy, cho hai diém A(3;-1) va B(0;3).
Tim diém M thudc truc hoanh sao cho khoang cach tir M dén dwong thang AB bang 1.

RPN

M (10) | | M(%;Oj M (-10) M(—%;Oj

Céu 118. Trong mit phing v&i hé toa do Oxy, cho hai diém A(3;0) va B(0;—4).
Tim diém M thudc truc tung sao cho dién tich tam gidc MAB bang 6.

M (0:0) _ . M (0:0)
M (0-8) B. M (0;-8). C. M (6;0). D. :
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Cau 184. Trong mat phiang véi hé toa do Oxy, cho hai dwong thang A, :3x-2y-6=0 va
A,:3x—2y+3=0. Tim diém M thudc truc hoanh sao cho M cich déu hai dwong thing da
cho.

A. M(O;%). B. M(%;oj. C. M(—%; ) D. M(ﬁ;o).

Cau 185. Trong mat phing véi hé toa dd Oxy, cho hai diém A(-2;2), B(4;-6) va duong thang

X=t . , o
d :{ 1 2t.Tim diem M thuoc d sao cho M cach déu hai diem A, B.
y=1+

A M(37). B. M (-3;-5). C. M(2:5). D. M (-2,-3)

Cau 186. Trong mat phing v&i hé toa do Oxy, cho hai diém A(-12), B(-3;2) va duong thang
d:2x—y+3=0.Tim diém C thudc d sao cho tam gidc ABC can tai C.

A. C(<2-1). B. c(—g;o} C. C(-11), D. C(0;3)
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Céu 187. Trong mit phang v&i hé toa dd Oxy, cho hai diém A(L2), B(0;3) va dwong thing
d:y=2.Tim diém C thudc d sao cho tam gidc ABC can tai B.
C(12)

A. C(L2). B. C(4;2).  siagy

D. C(~12).

DANG 3. L4p phurong trinh dudmg thing A c6 véc to phap tuyén n=(A;B), A’+B” =0 va
thoéa man diéu kién cho trwéc (khodng cach hay goc).

1.Phwong phap.

® Buwéc 1. Dudng thing A:Ax+Bx+C =0 c6 véc to phap tuyén n= (A;B), A*+B*=0 roi
nén chitim C.
@ Budc 2. Tim C dwa vao gia thiét khoang cach, goc... suy ra C.

2.Bai tap minh hoa.

L1} Bai tip 26. Viét phwong trinh duwdong thang d song song véi dwong thang A:3x—4y+1=0va

cach A mot khoang bang 1.

[0 Bai tAp 27. Trong mat phang v&i hé toa dd Oxy, viét phwong trinh dwdng thang A song song
véi duomg thdng d : 2x—y+2015=0 va cit hai truc toa dd tai M va N sao cho MN =345.
Loi giai
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DANG 4. Lap phwrong trinh dwdmng thing A di qua diém M (x;; Y, ) va théa mén diéu kién cho

trwdc (khoang cach hay goc).

1.Phwong phap.
@ Buérc 1. Goi dwdng thing A c6 véc to phap tuyén n=(A;B), A*+ B’ =0 vadiqua

M (X,;Y,) 6 dang A(X—%,)+B(y—Y,)=0< Ax+by+C =0 (C=-Ax,—By,).

@ Buéc 2. Tim n = (A;B), A*+B? %0 dwa vao gia thiét khoang céch, goc...
aA + BAB+ B’ =0| (1)

® Budrc 3. Pua vé phwong trinh bic hai theo 4n

D& giai phwong trinh (1) ta xét:

*B=0=A
% B #0: chia hai v& phwong trinh (1) cho B* ta dwoc:
A | A—
2 == 1
a. A +ﬁ.é+/1:0<:> =
B B A
E:t2:>

2.Bai tap minh hoa.
[ Bai tip 28. Viét phwong trinh duwong thing d biét d di qua diém M (L, —1) va cach diém

A(3; 6) mot khoang bang 2.

[ Bai tip 29. Cho duong thing d :3x—2y+1=0 va M (1;2).

Viét phwong trinh dwong thang A diqua M vatao véi d mot goc 45°.
L giai.

Tel- 0935.660.880 |

88 I Lop Todn Thiy-Diép Tuin



ITrung Tim Luyén Thi Pai Hoc Amsterdam Chuwong IlI-Bai 2. Khodng Cich va Goc I

1 Bai tap 30. Trong mit phang v&i hé toa do Oxy, viét phwong trinh duwdng thang A di qua

diém M (2;1) va tao véi cac truc toa dd mot tam gidc c6 dién tich bang 4.
Loi gidi

[0 Bai tip 31. Trong mat phang vdi hé toa do Oxy, viét phwong trinh dwong thiang A di qua
diém M (3;2) va cittia Ox tai A, cittia Oy tai B sao cho OA+OB=12.

Loi giai
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DANG 5. C4c bai todn lién qua dén tam giic, ti giac.

1.Phwong phap.

bé xac dinh toa do diém ctia mét tam giac, t& giac ta thwong lam nhw sau:
® Dit toa dd cia mot diém dwa vao tinh chat sau:
X =X, +at

, teR (hoicA: X% _ Y~ Yo,

+ Diém M thudc dwong thang A:
y=y,+bt a b

c6 dang [M (X, +at;y, +bt)|.

@ Dwa vao gia thiét vudng( tich vd hwéng), tam gidc can ( d6 dai bang nhau), khoang cach,
gbc...suyra t.

2.Bai tap minh hoa.
[ABai tap 30. Cho tam gidc ABC biét AB:x+y-1=0, AC:x—y+3=0 va trong tam G(1;2).

Viét phwong trinh dwong thang chira canh BC.
Lo gidi
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LOBai tdp 31. Biét hai canh cia m6t hinh binh hanh c¢é phwong trinh x—y=0 va x+3y-8=0,
toa do mot dinh cua hinh binh hanh la (—2; 2) . Viét phwong trinh cac canh con lai cua hinh binh
hanh.

[DBai tp 32. Trong mat phing véi hé toa dd Oxy, cho di€ém M (-12) va hai dwong thang
d,:x+2y+1=0, d, :2x+y+2=0. Viét phwong trinh dwdrng thang A diqua M va cit d, tai A,
cat d, tai B sao cho MA=2MB.

LOBai tdp 33. Cho tam gidc ABC, tim toa dd cac dinh ctia tam gidc trong trweong hop sau
a). Biét A(2; 2) va hai dwong cao c6 phwong trinh d, :x+y-2=0;d,:9x-3y+4=0 .
b). Biét A(4;-1), phwong trinh dwong cao ké tir B 1a A:2x —3y =0;

phwong trinh trung tuyén di qua dinh C 1a A":2x+3y =0

Lo gidi
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[iBai tip 34. Trong mit phing véi hé toa do Oxy, cho tam gidc ABC c6 toa do dinh A(L0) va
hai dwdong thang chtra cac dwong cao ké tir B va C ¢6 phwong trinh Ian lwotla d, : x -2y +1=0
va d,:3x+y—-1=0.Tim toa do dinh B va C.

Loi giai
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[LBai tap 35. Trong mat phang v&i hé toa dd Oxy, cho tam gidc ABC c6 phwong trinh canh
BC:x+y—-9=0, duong cao qua dinh B va C lan lwot c6 phwong trinh d,:x+2y-13=0,
d,:7x+5y—-49=0.Tim toa do dinh A.

[ABai tip 36. Trong mdt phang véi hé toa dd Oxy, cho tam gidc ABC c6 A(1;3) va hai dudng
trung tuyénla BB': x—2y+1=0, CC': y—1=0. Xac dinh toa do dinh B va C.
Loi giai

93 | Lop Todn Thiy-Diép Tusn Tel: 0935.660.860 |



I Trung Tam Luyén Thi Dai Hoc Amsterdam Chwong IlI-Bai 2. Khodng Cich va Goc I

LBai tp 37. Trong mit phang védi hé toa dd Oxy, cho tam gidc ABC biét phwong trinh canh
BC:x—-2y+5=0, phwong trinh dwong trung tuyén BB':y—2=0 va phwong trinh dwong

trung tuyén CC':2x—y—2=0. Tim toa d6 cac dinh ctia tam giac.
Loi giai

[ABai tip 38. Trong mit phang véi hé toa dd Oxy, cho tam giac ABC c6 A(1;5), B(—4;-5) va

C (4; —1). Viét phwong trinh dwong phan giac trong va phan gic ngoai ciia géc A.

Loi giai
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LLBai tip 39. Trong mit phang v&i hé toa dd Oxy, cho tam giac ABC c6 A(2;—4) va hai duwong
phin giac trong ctia goc B va C c6 phwong trinh lan lwot la d,:x+y-2=0 va
d,:x—-3y—-6=0.Tim toa do diém B va C.
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[LIBai tip 40. Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC biét trung diém clia cac
canh AB, BC va CA lanlwotla M (-11), N(0;-3) va P(3;-1). Viét phwong trinh dwong trung
truc cia doan BC.

[ABai tip 41. Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c6 A(-2;4), B(41) va
C(—2;—1). Tim toa dd trwc tim H clia tam giac.
Loi giai
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[LBai tip 42. Trong mat phing véi hé toa do Oxy, cho tam gidc ABC c6 cac duwong trung binh
nam trén cic dwong thing c6 phwong trinh d, :2x-y+1=0, d,:x+4y-13=0 va
d,:x—2y—-1=0.Viét phwong trinh canh AB .

Loi giai

LLBAi tap 43. Trong mat phang véi hé toa dd Oxy, cho tam gidc ABC c6 hai dwdng trung binh
ké tir trung diém M cta AB ndm trén cic dwong thiang c6 phwong trinh 1a d, : x—4y+7=0,
d,:3x—2y—-9=0 vatoa d diém B(7;1). Tim toa do diém C.

LLBai tip 44. Trong mat phang v&i hé toa dd Oxy, cho tam giac ABC c6 C(4; —1), dwong cao va
trung tuyén ké tir dinh A cé phwong trinh lan lwotla d;:2x-3y+12=0 va d, :2x+3y=0. Tim

toa do diém B.
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[Bai tap 45. Trong mat phing véi hé toa dd Oxy, cho tam gidc ABC c¢6 A(2;1), dwdng cao qua
dinh B va dwong trung tuyén qua dinh C lan lwot cé phwong trinh d; :x-3y-7=0,
d,:X+Yy+1=0.Tim toa dd cac dinh B va C.

Loi giai

[ABai tap 46. Trong mit phang véi hé toa dd Oxy, cho ba diém A(10;5), B(15,-5), D(-20;0) la
cac dinh cta hinh thang cAn ABCD trong d6 AB song song véi CD. Tim toa do diém C.
Loi giai
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LLIBai tap 47. Trong mat phang véi hé toa dd Oxy, cho hinh thang cAn ABCD véi AB song song
CD va AB<CD. Biét cac dinh A(0;2), D(-2;-2), giao diém | cta hai dwdng chéo AC va BD
nam trén duong thdng d : x+y—4=0 sao cho AID =45, Tim toa do diém B va C.

Loi giai

LLBai tip 48. Trong mat phang véi hé toa dd Oxy, cho hinh binh hanh ABCD, biét hai dwong
chéo AC va BD lan lwot nam trén hai dwong thang d,:x-3y+9=0, d,:x+3y—-3=0 va
phwong trinh dwong thing AB: x—y+9=0. Tim toa do diém C.

Loi giai
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[OBai t4p 49. Trong mat phang véi hé toa do Oxy, cho hai dwong thiang d,:x—-y-4=0,
d,:2x+y—-2=0 va hai difm A(7;5), B(2;3). Tim diém C trén dwong thing d, va diém D
trén dudng thang d, sao cho t& gidc ABCD 1a hinh binh hanh.

Loi giai

[HBai tip 50. Trong mdt phang véi hé toa do Oxy, cho hinh thoi ABCD c6 A(0;—1), B(2;1) va
tdm | thudc dudongthing d :x+y—1=0. Tim toa do diém C.
Lo gidi
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[Bai tAp 51. Trong mat phang v&i hé toa dd Oxy, cho hinh thoi ABCD c¢6é phwong trinh canh
AB:x—2y+4=0, phwong trinh canh AD:2x—y+2=0. Piém M(2;2) thudc duong thang
BD. Tim toa do cac dinh ctia hinh thoi.

[IBai tAp 52. Trong mat phing véi hé toa dd Oxy, cho hinh chit nhat ABCD c6 tim | (%;Oj.

Phuong trinh dwdng thang AB:x—-2y+2=0 va AB=2AD. Tim toa do cac dinh ctia hinh chit
nhit, biét dinh A c6 hoanh d6 Am.
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[ABai tap 53. Trong mit phing véi hé toa d6 Oxy, cho hinh chit nhat ABCD c6 diém 1(6;2) 1a
giao diém ctia hai dwong chéo AC va BD. Piém M (15) thudc duwong thing AB va trung diém
E clia canh CD thudc dwong thang d : X+ y —5=0. Viét phwong trinh dwdrng thang AB.

Loi giai

[OBai tap 54. Trong mit phang véi hé toa d6 Oxy, cho hinh vuéng ABCD c6 A(L1) va M (4;2)
1a trung diém canh BC. Tim toa d6 diém B.
Lo gidi
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[LBai tAp 55. Trong mat phang véi hé toa dd Oxy, cho hinh vuéng ABCD trong d6 A thudc
dwong thiang d,:Xx+y-1=0 va C, D nam trén dwong thiang d,:2x—y+3=0. Tim toa do

diém C, biét hinh vudng c6 dién tich bang 5 va diém A c6 hoanh d6 dwong.
Loi giai
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DANG 6. Bai todn cyc tri-Tim gia tri 16m nhit, nhé nhit.

1.Phwong phap.

Ta 4p dung mét so kién thirc sau:
X =X, +at
y=y,+bt

® Piém M thudc dwdng thing A:{ , teR (hoac A TK y_byO)
a

Suy ra c6 dang [M (X, +at;y, +bt)|.
@ f(x)=ax +bx+c=a(x+h) +k>k

hojc f(x)=-ax’+bx+c=a(x—h) +k <k
® Trong tam gidc vuéng canh huyén la canh 16n nhat: AB < AC

A
duwong cad canh huyén
B C

@ Dinh 1y cosi: cho hai sd a>0,b>0 tacé |a+b>2+ab|. DAu bang xay ra khi a=h.

2
® Hé Qua ctia dinh ly cosi: cho hais6 a>0,b>0 taco [ab < (aTerj .

D4u bang xay ra khi a =h.

2.Bai tap minh hoa.

[LBai tdp 56. Trong mit phang vdi hé toa dd Oxy, cho duwdng thing d:x+2y—4=0 va diém
A(L4). Tim toa d6 diém M thudc d sao cho MA nhé nhét.

[Bai tAp 57. Trong mat phang v&i hé toa do Oxy, cho dwong thang d :x+2y—4=0 va hai
diém A(L4), B(9,0). Tim diém M thugc d sao cho |MA+3MB| nhé nhat.

Loi giai
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[IBai tip 58. Trong mat phang véi hé toa do Oxy, cho dudng thing d:x+2y—4=0 va hai

diém A(L4), B(S;%).Tim diém M thudc d sao cho 5MA? + 2MB? nhé nhit.

[LBai tAp 59. Trong mat phang v&i hé toa do Oxy, cho dwong thang d:x-2y—-2=0 va hai
diém A(3;4), B(-12). Tim diém M thudc d sao cho MA® —2MB? 16n nht.

105 | Lép Todn Thiy-Diép Tusn Tel: 0935.660.880 |



I Trung Tim Luyén Thi Dai Hoc Amsterdam Chwong IlI-Bai 2. Khodng Cich va Goc I

[QBai tip 60. Trong mat phing véi hé toa dd Oxy, cho hai diém A(1;4) va B(3;5). Viét phwong
trinh duwdong thang d di qua A va cich B mot khoang 16n nhit.
Lo gidi

[Bai tip 61. Trong mat phang v&i hé toa do Oxy, cho dwong thang d:x+2y—-4=0 va hai
diém A(L;4), B(8;3). Tim diém M thudc d sao cho MA+MB nhé nhit.
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LBai tAp 62. Trong mat phang v&i hé toa do Oxy, cho dwong thang d:x+2y—4=0 va hai
diém A(1;4), B(8;3). Tim diém M thudc d sao cho tam gid&c ABM c6 chu vi nho nhit.

Loi giai

[LBai tAp 63. Trong mat phang v&i hé toa do Oxy, cho dwong thang d:x+2y—4=0 va hai
diém A(L4), B(3;2). Tim diém M thudc d sao cho |MA— MB| 1én nhit.

Loi giai

[HiBai tip 64. Trong mit phang véi hé toa dd Oxy, cho diém A(2;1). Ldy diém B thudc Ox c6
hoanh d6 khong 4m va diém C thudc Oy c6 tung dé khong 4m sao cho tam gidc ABC vudng tai
A.Tim toa d6 diém B va C sao cho dién tich tam gidc ABC

a). Lon nhit. b). Nho nhit.
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[LBai tdp 65. Trong mit phing véi hé toa do Oxy, viét phwong trinh duwdng thiang di qua
M (3;2) cat tia Ox tai A vatia Oy tai B sao cho dién tich tam gidc OAB dat gia tri nho nhAt.

Loi giai
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LLBai tdp 66. Trong mit phang v&i hé toa dd Oxy, viét phwong trinh dwong thang d di qua
M (4;1) va cit chiéu dwong cac truc Ox, Oy lan lwottai A va B sao cho OA+OB nho nhit,

Loi giai

[IBai tdp 67. Trong mit phang véi hé toa dd Oxy, viét phwong trinh dwong thang d di qua
M (3;1) va cit chiéu dwong cac truc Ox, Oy lan lwottai A va B sao cho 120A+90B nho nhit.

Loi giai
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[LBai tip 68. Trong mit phang v&i hé toa dd Oxy, viét phwong trinh dwong thang d di qua

M (—4;3) va cat cac truc Ox, Oy Ianlwottai A va B khac O sao cho nho nhat.

+
A’ OB’

110 | Lép Tozdn Thiy-Diép Tuén Tel: 0935.660.880 |



I Trung Tdm Luyén Thi Dai Hoc Amsterdam Chuwong IlI-Bai 2. Khodng Cich va Goc I

[LBai tp 69. Trong mit phang v&i hé toa dd Oxy, viét phwong trinh dwong thang d di qua

M (2;-1) va cat cac truc Ox, Oy lanlwottai A va B khac O sao cho nho nhat.

+
OA*> OB’

[ABai tap 70. Trong mat phang véi hé toa do Oxy, cho diém M (0;2) va hai duwong thing
d, :3x+y+2=0,d,:x-3y+4=0.Goi A lagiao diém cda d, va d,. Viét phwong trinh dwong

thdng d diqua M va cit hai dwong thang d,, d, lanlwottai B, C (B va C khic A) sao cho
1

+
AB®> AC?

dat gia tri nho nhit.
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[ABai tap 71. Trong mit phang voi hé toa d6 Oxy, cho ba diém A(L1), B(3;2) va C(7;10). Viét
phuwong trinh duwdng thang d qua A sao cho tdng khoang cach tir B va C dén d 13 16n nhit.
Lo giai
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Bai tdp 72. Trong mat phang v&i hé toa dd Oxy, cho tam gidc ABC cén tai A c6 phuong
trinh canh AB:X+2y—2=0, phwong trinh canh AC:2x+y+1=0, diém M (12) thudc doan

BC. Tim toa d6 diém D sao cho DB.DC c6 gi4 tri nhé nhit.
Loi giai

[OBai tap 73. Trong mit phing véi hé toa dd Oxy, cho hai diém A(0;1), B(2;-1) va hai dudng
thdng c6 phuwong trinh d,:(m—1)x+(m-2)y+2-m=0, d,:(2—-m)x+(m-1)y+3m-5=0.

Chirng minh d; va d, ludn cat nhau tai P. Tim m sao cho PA+ PB lén nhét.

Loi giai
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LABai tdp 74. MOt miéng gidy hinh tam gidc ABC dién tich S c6 | 1a trung diém BC va O la
trung diém cta Al . Cit miéng gidy theo mot dwong thing qua O, dwong thing nay di qua M,
N Iin lwot trén cac canh AB, AC  Khi d6 dién tich miéng gidy chira diém A c6 dién tich thudc

doan.
B. EE . C. ﬁi . D. Eﬁ .
3 2 8 2 4 8

114 | Lép Todn Thiy-Diép Tusn Tel: 0935.660.880 |



IT rung Tdm Luyén Thi Dai Hoc Amsterdam Chwong IlI-Bai 2. Phirong Trinh Duwong Tron I

SBAI 3. PHUONG TRINH DPUONEG TRON

A. LY THUYET.
I. Phwong trinh dwong tron.

Phuong trinh duwdng tron (C) tAm I(a;b), ban kinh R 1a
(x—a)*+(y-b)* =R?|. M

Dang khai trién ciia (C) 1a x* +y* —2ax—2by +c =0 v&i

R=+a’+b*-c >0.

Phwong trinh x° + y* —2ax —2by + ¢ =0 véi didu kién a® +b® —c > 0, 1a phwong trinh dwong
tron tdm | (a;b) bankinh R=+va’+b*—c.
AVi du 1. Trong cic phuong trinh sau, phwong trinh nao biéu dién dwong tron? Tim tAm va

ban kinh néu cé.
a). X’ +y*+2x—-4y+9=0

(
b). X* +y*—6x+4y+13=0 (
). 2x* +2y* —6x—4y-1=0 (3
d). 2x> + y* +2x -3y +9=0 (

[AVi du 2. Cho phwong trinh  x* + y? —2mx—4(m-2)y+6-m=0 (1)

a). Tim diéu kién ctia m dé& (1)1a phwong trinh dwong tron.

b). Néu (1) 1a phwong trinh dwong tron hay tim toa dd tdm va ban kinh theo m.

Loi giai
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II. Twong giao clia dwong tron.
1. Vi trf trong d6i ciia diém M va dwong tron (C).

Cho dwong tron (C) tdm I(a;b), ban kinh R va di€ém M (xy;Y,).

Khi d6 d6 dai hai diém | va M 1a IM = /(x, —a)’ +(y, —b)’ . Taxét

M nam ngodi dirong tron (C).

M thudc duong tron (C).

M nam trong dirong tron (C).

M

M

IM >R

IM =R

IM <R

2. Vi trf twong ddi cha dwdng thing A va dudngtron (C).
Cho dwdng tron (C) tdm 1(a;b), ban kinh R va dwong thdng A :Ax+By+C=0 A’+B* =0,

Khi d6 khoang cach tir tdm | dén Ala i) =

B |aA+bB +C|

VA% + B?

. Ta xét

A khéng cdt duong tron (C).

A tiép xiic duwong tron(C).

A cdt dwong tron (C) tai M, N.

1(a;b)

I(a;b)

R

d

(154)

>R

d..=R

(154)

3. Vi trf twong d8i cia hai dwomg tron (C,) va (C,)
Cho dwong tron (C,) tdm 1,(a;b;), ban kinh R,.
Cho dwong tron (C,) tdm 1,(a,;b,), ban kinh R,.

Khidé 1,1, = \/(aQ —a,)" +(b, —b,)" ta xét cic trwng hop:
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ngoai nhau.

(C,) khéng car (C,)va & (C,) tiép xiic (C,) (C,) cit (C,) tai AB.

LI, >R +R, II, =R, +R, IR-R|<Il'<R+R’

(C,) khéng car (C,)va long

vao nhau.

(C,) tiép xiic trong voi (C,)

|1(a1;bl) R,

|1(a1;b1) R,

|z(az;b2) Ry

|1|2 <|R1_R2|

|1|2 :|R1_R2|

b). Xét vi tri twong ddi gitra A va (C).

CAVi du 3. Cho dwdng thing A:x—y+1=0 va dwdngtron (C):x* +y? —4x+2y—4=0

a). Chirng minh diém M (2;1) nam trong dwdng tron.

(C"):x*+y*—6x—2y—-3=0. Chirng minh
A, B.

[AVi du 4. Trong mit phing Oxy, cho hai dwong tron (C):x* +y* —2x-6y—-15=0 va

rang hai dwong tron cit nhau tai hai di€ém phan biét
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EQVi du 5. Cho dwong tron (C): x> +y* —2x+4y—4=0 c6é tam | va dwong thing
A:N2x+my+1-y2=0.Tim m dé dudng thing A cit duong tron (C) tai hai diém phén biét
A B.

LAVi du 6. Bién luan s6 giao diém ctia (C) va d trong d6
d:mx—y-3m-2=0,(C):x*+y?—4x-2y=0.
Loi gidi

CAVi du 7. Cho hai duwong tron: (C):x* +y* =1va (C,):x*+y*—2(m+1)x+4my—-5=0.
Xac dinh m dé (C,,) tiép xic véi (C).
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I1I. Phwrong trinh tiép tuyén clia dwdng tron.

Cho dwong tron (C) 6 tdm | (a;b) va ban kinh R.

Duong thang A 1a ti€p tuyén véi (C) tai diém M (Xy;Y,)-

Ta co

® M, (X%y;Y,) thudc A.
@ IM, = (X, —a;y, —b) la vecto phap tuyén ctia A.

Do d6 A c6 phuwong trinh la -]
(% —a)(X=%) + (Yo =b)(¥ ~ ¥o) = 0. A M
CAVi du 8. Cho dwdng tron (C) c6 phwong trinh X’ +y? —6Xx+2y+6=0 vadiém hai diém
A(L-1); B(13)

a). Chirng minh rang diém A thudc dwong tron, difm B nam ngoai dudng tron.
b). Viét phwrong trinh tiép tuyén cta (C) tai diém A.

c). Viét phwong trinh tiép tuyén ctia (C) ké tir B.
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~ |aA+bB+C|
JA? 4 B?

trinh tiép tuyén ma chwa cho tiép diém M, (x,;Y,) hodc My(xy;y,) £(C).

Nhén xét: ta sir dung diéu kién ti€p xtic cia (C) véi A: dir.a) dé viét phwong

CAVi du 9. Viét phwong trinh tiép tuyén A cta dwong tron (C):x* +y* —4x+4y—1=0 trong

trueong
a). Pwong thang A vudng goc véi dwong thang A':2x+3y +4=0.

b). Puong thing A hop véi truc hoanh mot géc 45°.
Lo gidi
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B. CAC DANG TOAN VA PHIFONG PHAP GIAL.
DANG 1. Nhan dang phwong trinh dwdng tron.

1.Phwong phap.

Cach 1: Pua phuong trinh vé dang: (C): x* +y* —2ax—2by+c=0 (1)

+ Thuc hién phwong phap dong nhit thirc suy ra tam | (ﬁ_—ij = 1(a;b).

+ Bankinh R=+a’+b’-c
%* Néu a’ +b’ —c >0 thi (1)1a phwong trinh dwdng tron (C) c6 tdm | (a;b) va ban kinh
R=+a*+b’-c.
* Néu a*+b? —c <0 thi (1)la khong phai 13 phwong trinh dwong tron (C).
Cach 2: Dwa phwong trinh vé dang: (x—a)* +(y—b)* =P (2).
+ Thuc hién phép bién d6i hang dang thirc dang nhé (A+ B)2 = A’ +2AB + B?.
+ Bankinh R=+/P
* Néu P >0 thi (2) 1a phwong trinh dwong tron cé tam | (a;b) va ban kinh R =+/P
* Néu P <0 thi (2) khong phaila phwong trinh duwong tron.

2.Bai tap minh hoa.

LOBai tip 1. Trong cac phwong trinh sau day, phwong trinh nao l1a phwong trinh cia mot dwong
tron. Xac dinh tdm va tinh ban kinh ctia né.

a). X>+y* —4x+2y+6=0. b). X* +y?+6x-8y+16=0.
©). X —y*+4x-5y+1=0. d). 2x* +2y*-3x-2=0

COYBai tap 2. Cho phwong trinh : X* + y* +6mx —2(m —1)y +11m* + 2m -4 =0.

a). Tim diéu kién cia m dé phwong trinh trén la phwong trinh dwéng tron.
b). Tim quy tich tdm dwdng tron.
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COBai tap 3. Cho phwong trinh (C,): X* + y* +2(m-1)x-2(m-3)y +2=0.
a). Tim m dé (C,) la phwong trinh cia mot dwong tron.
b). Tim m dé (C,) la dwong tron tAm | (L;—3). Viét phwong trinh duwdng tron nay.
c). Tim m dé(C,,)1a duwong tron c6 ban kinh R = 5+/2. Viét phuwong trinh dwong tron do.
Loi giai

[OBai tdp 4. Cho A(-10), B(2;4) va C(4;1). Chirng minh rang tap hop cic diém M thoa méan
3MA? + MB? = 2MC? 1a mot dwdng tron (C). Tim toa do tAm va tinh ban kinh cta (C).

[ABai tap 5. Cho phuwong trinh dwomng cong (C,): X* + y* +(M+2)x—(m+4)y+m+1=0 (2)
a). Chirng minh rang (2)1a phwong trinh mét dwdng tron.

b). Tim tip hop tAm cac dwong tron khi m thay doi.
¢). Chirng minh rang khi m thay ddi ho cac dwong tron (C_) ludn di qua hai diém c6 dinh.

Loi giai

122 | Lép Todn Thiy-Diép Tusn Tel: 0935.660.880 |



IT rung Tdm Luyén Thi Dai Hoc Amsterdam Chwong IlI-Bai 2. Phirong Trinh Duwong Tron I

3.C4u héi tric nghiém.

Cau 1. Toa do tdm | vaban kinh R ctia dwdng tron (C):(x—1)" +(y +3)° =16 la:

A 1(-13), R=4. B. 1(L-3), R=4. C.1(4-3),R=16.  D.I(-13), R=16.
Loi giai.
Céu 2. Toa do tdm | va bankinh R ctia dwong tron (C): x* +(y+4)2 =5 la:
A. 1(0;-4), R=+/5. B. 1 (0;-4), R=5. C. 1(0;4), R=A/5. D. 1(0;4), R=5.

Ciu 3. Toa d6 tam | vabankinh R ctia duwong tron (C):(x +1)2 +y?=8la:
A. 1(-10), R=8. B. I(~10), R=64. C. 1(-L0), R=2V2. D.1(30), R=2V2.

Loi gii.

123 | Lop Todn Thiy-Diép Tuin Tel: 0935.660.880



H Trung Tadm Luyén Thi Pai Hoc Amsterdam Chiwrong I11-Bai 3. Phirong Trinh Dwong Tron H

Cdu 4. Toa d6 tdm | vabankinh R ctia dwongtron (C): x* +y* =9 la:
A. 1(0;0), R=9. B. 1(0;0), R=81. C.1(11), R=3. D. 1(0;0), R=3.

Cau 5. Puong tron (C): x* +y? —6x+2y+6=0 c6 tdm | vabankinh R lan lwot la:
A 1(3-1), R=4. B. 1(-31), R=4. C.1(3-1),R=2.  D.I(-31), R=2.

Céu 6. DPuong tron (C):x* +y* —4x+6y—12=0 c6 tdm | vabankinh R Ian lwot la:
A.1(2,-3), R=5. B. 1(-2:3), R=5. C.1(-46), R=5.  D.1(-23), R=1.

C4u 7. Toa do tim | vabankinh R ciia dwongtron (C): x* +y? —4x+2y—-3=0 la:
A 1(2-1),R=2J/2.  B.1(-21),R=2V2. C.1(2-1), R=8. D. I(-2;1), R=8.

Lo giai.

Cau9.Toa do tdm | vabankinh R clia dwongtron (C):16x* +16y” +16x—8y —11=0 la:

A.1(-84),R=+91.  B.1(8-4),R=+91  C 1(-84), R=+/69. D.I(—%;%J, R=1.
Lot giai.
Céu 10. Toa dd tdm | vabankinh R ciia dwong tron (C): x* +y? —10x—11=0 la:
A.1(-10;0), R=+111. B. 1(~10;0), R=+/89. C.I(-5,0), R=6. D. I(5;0), R=6.
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Lovi giai.

A. 1(0;5), R=5. B. 1(0;-5), R=5. C. I(O;E], R=>. Dl(o;—Ej, R=2,
2 2 2 2
Lo giai.
Cau 12. Pudng tron (C):(x—1)° +(y +2)" = 25 c6 dang khai trién la:
A (C):x*+y?—2x+4y+30=0. B. (C):x*+y*+2x—4y—20=0.
C.(C):x*+y?—2x+4y-20=0. D. (C):x*+y*+2x—4y+30=0.
Lori giai.
Cau 13. Puong tron (C): x* +y? +12x—14y + 4 =0 c6 dang tdng quat la:
A (C):(x+6) +(y-7) =09, B. (C):(x+6) +(y—7) =81
C. (C):(x+6) +(y-7) =89. D. (C):(x+6) +(y—7) =89

Céu 14. Tam ctia duong tron (C): x* + y? —=10x+1=0 cach truc Oy mét khoang bang:
A.-5. B. 0. C. 10. D. 5.

Cau 15. Cho dwdng tron (C):x* +y® +5x+7y—3=0. Tinh khoang cach tir tdm cta (C) dén

truc Ox.
A 5. B. 7. C. 3,5. D. 2,5.

Céu 16. Cho phwong trinh x* + y* —2ax—2by+c=0 (1).
biéu kién dé (1) la phwong trinh dwdng tron la:

A. a’-b*>c. B. a’ +b®>c. C.a’+b’<c. D. a’-b’<c.
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Cau 17. Trong cac phwong trinh sau, phwong trinh nao la phwong trinh cia mot dwong tron?
A. 4x* +y*-10x-6y-2=0. B. x* +y*—2x—-8y+20=0.
C. x*+2y*—4x-8y+1=0. D. X’ +y*—4x+6y—-12=0.

Cau 48. Trong cac phwong trinh sau, phwong trinh nao la phwong trinh cia mot dwdong tron?
A X +y*+2x-4y+9= 0. B. x> +y*—6x+4y+13=0.
C. 2x*+2y* —-8x—4y—-6=0. D.5x* +4y* +x—4y +1=0.
Lo giai.

Cau 49. Trong cac phwong trinh sau, phwong trinh nao la phwong trinh ciia mét dwong tron?
A X +y —x-y+9=0. B. x*+y*-x=0.

C. x*+y* —2xy—-1=0. D. x* —y* -2x+3y-1=0.

Cau 50. Trong cac phwong trinh sau, phwong trinh nao khong phai la phwong trinh ctia duwong
tron?

A X°+y —x+y+4=0. B. x* +y*—100y +1=0.

C.x*+y*-2=0. D. x*+y*-y=0.

Cau 51. Cho phuwong trinh X* + y? +2mx+2(m—1)y+2m® =0 (1). Tim diéu kién cia m dé (1)
la phwong trinh dwong tron.

A.m<%. B.mgé. C.m>1. D.m=1.
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Loi giai.

Céu 52. Cho phuong trinh x* +y? —2mx—-4(m-2)y+6-m=0 (1). Tim diéu kién cia m dé
(1) 1a phwong trinh dwong tron.
A. meR. B. m e (—o0;1) U(2;+0).

C. me(—oo;l]u[2;+oo). D. m e(—oo;% u(2;+oo).

Céu 53. Cho phuong trinh X* + y? —2x+2my+ 10=0 (1). C6 bao nhiéu gi4 tri m nguyén dwong
khong vwrot qua 10 dé (1) la phwong trinh ctia dwdng tron?
A. Khong co. B.6. C.7. D. 8.

Céu 54. Cho phwong trinh x* + y> —8x+10y+m=0 (1).Tim diéu kién cia m dé (1) la phwong

trinh dudng tron c6 ban kinh bang 7.
A.m=4. B.m=8. C.m=-8. D.m=—-4.

Cau 55. Cho phuwong trinh x* + y* —2(m+1)x+4y-1=0 (1). V&i gia tri nao cia m dé (1) 1a

phwong trinh dwong tron c6 ban kinh nhé nhat?
A m=2. B. m=-1. C. m=1 D.m=-2.
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Lovi giai.

DANG 2. Lap phwong trinh dwong tron.

1.Phwong phap.

Cach 1:

+ Tim toa d6 tdm I (a;b) ctia dwong tron (C).
+ Timbankinh R ctia dwong tron (C).

» Viét phwong trinh cta (C) theo dang (x—a)* + (y —b)* = R®.
Cach 2:
+ Gi& st phwong trinh duong tron (C) 1a: x* + y* —2ax—2by +c =0
(Hodc x> +y? +2ax+2by+c=0).
+ Tir diéu kién cua dé bai thanh 1ap hé phwong trinh véi ba dnla a,b,c.
+ Giai hé dé tim a,b,c tir d6 tim dwoc phuwong trinh dwong tron (C).

2.Bai tap minh hoa.

[LBai tip 6. Viét phwong trinh dwong tron trong moi treong hop sau:
a). Co tam | (1,-5) va di qua O(0;0).

b). Nhan AB lam duong kinh véi A(L1), B(7;5).

c). bi qua ba diém: M (-2;4), N(5;5), P(6;-2)
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[DBai tap 7. Viét phuwong trinh duwong tron (C) trong cac trwdmng hop sau:

a). (C) cotam I(—12) va tiép xic voi dwong thing A:x—2y+7=0.

b). (C) diqua A(2;—1) va tiép xic véi hai truc toa d Ox va Oy.

c). (C) c6 tdm nam trén dwong thang d : x—-6y-10=0 va tiép xtic véi hai dwdng thang co
phuong trinh d,:3x+4y+5=0vad,:4x-3y-5=0.

Loi giai
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[IBai tap 8. Cho hai diém A(8;0) va B(0;6).
a). Viét phrong trinh dwong tron ngoai ti€p tam gidc OAB.
b). Vi€t phwong trinh dwdong tron néi ti€p tam giac OAB.
Loi giai

LOIBai tAp 9. Trong mit phang véi hé toa dd Oxy, viét phwong trinh dwdng tron (C) di qua ba
diém A(-3;-1), B(-13) va C(-2;2).

[IBai tip 10. Trong mat phang véi hé toa dd Oxy, cho dwong thing d:2x—y—-5=0 va hai
diém A(1;2), B(4;1). Viét phwong trinh dwong tron (C) c6 tdm thudc d va di qua hai diém
A B.
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[Bai tip 11. Trong mat phang véi hé toa dd Oxy, cho hai dwong thang d, : x+3y+8=0,
d, :3x—4y+10=0 va diém A(-2;1). Viét phwong trinh dwdng tron (C) c6 tdm thudc d,, di qua

diém A va tiép xic véi d,.

[ABai tip 12. Trong mat phang véi hé toa dd Oxy, cho hai diém A(-11), B(3;3) va duong
thang d:3x—4y+8=0. Viét phuong trinh duwong tron (C) di qua hai diém A, B va tiép xic

voi d.
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[Bai tip 13. Trong mat phing véi hé toa dd Oxy, cho dwong thing d:2x—y-4=0. Viét

phuwong trinh duwdng tron (C) ti€p xic vi cac truc toa dd va c6 tAm & trén dwong thang d .

Loi giai

[OBai tAp 14. Trong mit phang v&i hé toa do Oxy, cho ba dwong thang d:x—-6y-10=0,
A,:3x+4y+5=0va A,:4x-3y-5=0. Viét phuong trinh dwong tron (C) c6 tdm nam trén d

dong thoi ti€p xtGic voi A, va A,.
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[Bai tap 15. Trong mit phang véi hé toa do Oxy, cho hai duwdong thang d:x+2y-3=0 va

A x+3y—5=0. Viét phwong trinh dwong tron (C) c6 ban kinh bang 2310 , €6 tAm thudc d va

tiép xuc voi A.

[ABai tip 16. Trong mt phang v6i hé toa dd Oxy, cho dwong tron (C):x* +y? + 43x—4=0.
Tia Oy cat (C) tai A.Viét phwong trinh dwong tron (C'), ban kinh R'=2 va tiép xic ngoai véi
(C) tai A.

[OBai tap 17. Trong mdt phing véi hé toa dd Oxy, cho dwdmng tron (C): x* +y* —2x+4y+2=0
. Viét phwong trinh dwong tron (C') c6 tim M (5;1), biét (C') cat (C) tai hai diém A, B sao
cho AB=4+/3.
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[LBai tdp 18. Trong mat phang véi hé toa do Oxy, cho dwong thang d:x—y-1=0 va hai
dwong tron c6 phwong trinh (C)): (x—3)2 +(y +4)2 =8, (C,): (x+5)2 +(y—4)2 =32. Viét

phuong
trinh duwong tron (C) c6 tdm | thudc d va tiép xic ngoai voi (C,) va (C,).

Loi giai

4.Cau héi trac nghiém.

Ciu 16. Puong tron c6 tAm trung véi goc toa do, ban kinh R =1 ¢é phwong trinh Ia:
A X2 +(y+1) =1. B. x> +y*=1.
C. (x-1)° +(y-12)" =1. D. (x+1)" +(y+1)" =1.
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Cau 17. Dwong tron c6 tam 1(1;2), ban kinh R =3 ¢6 phuwong trinh la:
A X*+y +2x+4y—-4=0. B. X’ +y*+2x—4y-4=0.
C. x*+y>—2x+4y—-4=0. D. x*+y’ —2x—-4y-4=0.

Cau 18. Puong tron (C) c6 tdm 1(1;,-5) va di qua O(0;0) c6 phuwong trinh la:
A (x+1)* +(y-5)" = 26. B. (x+1)" +(y—5)" =+/26.
C. (x-1)" +(y+5)" = 26. D. (x-1)" +(y +5)" = /26.

Lo gial,

Céu 19. Buong tron (C) c6 tam 1(-2;3) va di qua M (2;-3) c6 phwong trinh la:
A (x+2)" +(y-3)° =52 B. (x—2)° +(y+3) =52
C. x>+ y?+4x-6y—-57=0. D. x* + y* +4x -6y -39 =0.

Loi gii.

Céu 20. Duong tron dwong kinh AB véi A(3;-1), B(L-5) c6 phuwong trinh la:
A (x+2)"+(y-3)° =5. B. (x+1)° +(y +2)" =17.
C. (x=2)°+(y+3)" =+5. D. (x—2)° +(y+3)* =5.

Céu 21. Puwong tron dwong kinh AB véi A(L1), B(7;5) c¢6 phuong trinh la:
A X2+y>—8X—6y+12=0 . B. X*+y*+8x—6y—12=0.
C. X*+y*+8x+6y+12=0 . D. X" +y>—8x—-6y-12=0.
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Céu 22. Pwong tron (C) c6 tam 1(2;3) va ti€p xiic véi truc Ox c6 phwong trinh la:
A (x=2) +(y-3)" =9. B.(x-2)" +(y-3)" =4

D. (x+2)" +(y+3) =9.

B. (x+2) +(y-3)" =0.
D. (x-2)" +(y+3)° =9.

Cau 24. Puong tron (C) c6 tim 1(-2;1) va tiép xiic véi dwong thang A:3x—4y+5=0 c6 phwong
trinh la:
A (x+2) +(y—1) =1. B.(x+2)2+(y—1)2=%.
C. (x=2)" +(y+1) =1. D.(x+2) +(y-1) =4
Lo gidi,

Cau 25. Buong tron (C) c6 tdm 1(—1;2) va tiép xiic véi duong thang A: x—2y+7 =0 c6 phuong
trinh la:
A.(x+1)2+(y2)2:2i5. B.(x+1)2+(y2)2=g.
C (x+1)2+(y—2)2=% D.(x+1) +(y-2)'=5
Lo gial,

A. 1(0;0). B. 1(30). C. 1(3;2).
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Cau 27. Tim ban kinh R cta dwong tron di qua ba diém A(0;4), B(3;4), C(3;0).
A.R=5. B. R=3. C. R=410. D.R=

Céu 28. Puong tron (C) di qua ba diém A(-3;-1), B(-13) va C(-2;2) c6 phwong trinh la:
A X*+y*—4x+2y-20=0. B. X+ Yy +2x—y—-20=0.
C.(x+2)2+(y—1)2=25. D. (x—2)2+(y+1)2=20.

Lo gial,

Céu 29. Cho tam gidc ABC c6 A(-2;4), B(5;5), C(6;—2). Duwdng tron ngoai tiép tam gidc ABC
c6 phuwong trinh la:

A X*+y’—2x-y+20=0. B. (x-2)" +(y-1)" = 20.

C. x> +y*—4x-2y+20=0. D. X’ +y*—4x-2y—-20=0.

Céu 30. Cho tam giac ABC c6 A(L-2), B(-3;0), C(2;-2). Tam giac ABC ndi ti€p dwong tron
c6 phuwong trinh la:

A X* +y*+3x+8y+18=0. B. x> +y®*—3x-8y-18=0.

C. x> +y?-3x-8y+18=0. D. X’ + y* +3x+8y—-18=0.
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Cau 31. Buong tron (C) di qua ba diém O(0;0), A(8;0) va B(0;6) cé phwong trinh la:
A (x—4) +(y-3) =25 B. (x+4) +(y+3)" =25.
C.(x—4) +(y-3) =5. D. (x+4)" +(y+3)" =5,

Céu 32. Puong tron (C) di qua ba diém O(0;0), A(a;0), B(0;b) c6 phwong trinh la:
A xX* +y*—2ax—by=0. B. x*+y’—ax—by+xy=0.
C. x*+y*—ax—by=0. D. x> —y*—ay+by=0.

Cau 33. Puong tron (C) di qua hai diém A(L1), B(5;3) va c¢6 tdm | thudc truc hoanh c6
phwong trinh la:

A (x+4)" +y?=10. B. (x—4)" +y? =10.
C. (x—4)" +y?=+/10. D. (x+4)" +y? =410,

Céu 34. buong tron (C) di qua hai diém A(1;1), B(3;5) va cé tdm | thudc truc tung cé phwong
trinh la:

A xX*+y*-8y+6=0. B. X’ +(y—4)" =6.

C.x*+(y+4) =6. D. x*+y +4y+6=0.
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Cau 35. Puong tron (C) di qua hai diém A(-12), B(-2;3) va c6 tdm | thudc dwong thang
A:3x—y+10=0. Phuong trinh ctia dwong tron (C) la:
A (x+3) +(y-1)" =+5. B. (x—3)" +(y+1)" =+5.

C. (x—=3)" +(y+1)" =5. D. (x+3)" +(y-1)" =5.

Céu 36. Duong tron (C) c6 tdm | thudc dwong thang d : x+3y+8=0, di qua diém A(-2;1) va
tiép xiic v&i dwong thiang A :3x -4y +10 = 0. Phwong trinh cia duong tron (C) la:

A (x-2)" +(y+2) =25. B. (x+5) +(y+1)° =16.

C. (x+2)" +(y+2)" =09. D. (x—1)" +(y+3)" =25.

Cau 37. Dudng tron (C) c6 tdm | thudc dwong thing d :x+3y—-5=0, ban kinh R=2v2 va
tiép xtic v&i dwong thang A:x—y—1=0. Phwong trinh ctia dwong tron (C) la:
A. (x+1)" +(y—2)" =8 hodc (x-5)" +y* =8.
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Céu 38. Buong tron (C) c6 tdm | thudc duwong thang d:x+2y-2=0, ban kinh R=5 va tiép
xtc voi duong thang A:3x—4y-11=0. Biét tAm | c6 hoanh d6 dwong. Phuong trinh cla
duong tron (C) la:

A (x+8) +(y—3)"=25.
B. (x—2)° +(y+2)° =25 hodc (x+8)" +(y—3)’ =25
C. (x+2)"+(y—2)" =25 hodc (x-8)" +(y+3) =25
D. (x—8)2+(y+3)2 =25.

Lot giai.

Cau 39. Pudng tron (C) c6 tdm | thudc duwong thang x* + y? —2ax—2by+¢c=0 (1) va tiép xiic
v(i hai truc toa do c6 phwong trinh la:
A (x-2)"+

Céu 40. Puong tron (C) c6 tdm (1) thudc dwong thang A: x =5 va ti€p xic v6i hai duong thing
d,:3x—y+3 =0, d,: Xx-3y+9=0 c6 phwong trinh la:
A. (x=5)" +(y+2)" =40 hoic (x—5)" +(y—-8)° =10.

Loi gii.
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Cau 41. Puong tron (C) di qua diém A(L-2) va tiép xtc véi duong thang A:x—y+1=0 tai
M (1 2). Phuong trinh ctia dwong tron (C) la:
A (x-6)+y?=29.  B.(x-5)+y*=20. C.(x-4)+y>=13. D.(x-3)+y?=8
Lo giai.

Céu 42. Puong tron (C) di qua diém M (2;1) va ti€p xic véi hai truc toa d6 Ox, Oy c6 phwong
trinh la:
A. (x-1)° +(y-1)’ =1 hodc (x=5)° +(y-5)" =25
B. (x+1)° +(y+1)° =1 hodc (x+5) +(y+5)" =25
C. (x=5)" +(y-5)" = 25.
D. (x-1)° +(y-1)" =1
Lo giai.

Céu 43. Buong tron (C) di qua diém M (2;-1) va tiép xic véi hai truc toa do Ox, Oy c6
phwong trinh la:
A (x+1)° +(y—1)° =1. hoic (x+5)* +(y-5)" = 25.

Lovi giai.
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Cau 44. Puomng tron (C) di qua hai diém 4x* + y* —10x -6y — 2 =0. va tiép xuc véi dwdng thing
A:3x+y—3=0. Viét phwong trinh duwong tron (C), biét tdm ctia (C) c6 toa dd 1a nhitng sé

nguyeén.
A X2 +y —3x—7y+12=0. B. X’ +y*—6x—4y+5=0.
C. x>+ y2—8x—2y—10=0. D. x* +y°—2x-8y+20=0.

Céu 45. buong tron (C) di qua hai diém A(-1;1), B(3;3) va tiép xtc véi d :3x—4y +8=0. Viét
phuong trinh dwong tron (C), biét tdm cta (C) c6 hoanh d6 nho hon 5.
A x*+2y* —4x-8y+1=0. B. (x+3)" +(y-2)" =5.
C.(x+5)2+(y+2)2:5. D. (x—5)2+(y—2)2=25.
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DANG 3. Lap phuong trinh tiép tuyén A véi phwong trinh dwong tron (C).

1.Phwong phap.
Cho dwong tron (C) tdm | (a;b), ban kinh R.
» Néu biét tiép diém 12 M (x,;y,) thi tiép tuyén d6 di qua M va nhan IM (x, —a;y, —b)1am

vecto phap tuyén nén c6 phwong trinh 1a (X, —a)(x—%, )+ (¥, —b)(y-Y,)=0.
» Né&u khong biét tiép diém thi dung diéu kién: Pwong thang A tiép xic dwong tron (C) khi
va chikhi d(1;A)=R dé xac dinh tiép tuyén.
Dit biét: Puong tron (C):(x—a)’ +(y—b)’ =R? c6 hai tiép tuyén cung phwong véi Oy la
X =a+ R.Ngoai hai tiép tuyén nay cac tiép tuyén con lai déu c6 dang y =kx+m.

2.Bai tap minh hoa.

CQIBai tp 19. Trong mat phang véi hé toa dd Oxy, cho duong tron (C):(x —1)2 +(y+ 2)2 =8.
a). Viét phwong trinh tiép tuyén ctia dwong tron (C) tai diém A(3;-4).
b). Viét phwrong trinh tiép tuyén ctia duong tron (C) di qua diém B(5;-2).
c). Viét phwong trinh tiép tuyén ctia duwong tron (C), biét tiép tuyén vudng goc véi duong
thang d : x+y+2014=0.
d). Viét phwong trinh tiép tuyén ctia dwong tron (C), biét tiép tuyén tao véi truc tung mot

goc 45°,
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LBai tap 20. Trong mat phang v&i hé toa dd Oxy, cho hai duwdong tron (Cl) X +y?—2y-3=0
va (C,):x* +y®—8x—8y+28=0.Viét phwong trinh ti€p tuyén chung cia (C,) va (C,).

Loi giai
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Loi giai

3.CAu héi tric nghiém.

CAu 56. Phuong trinh tiép tuyén d cla dwong tron (C):(x+2)" +(y+2)" = 25 tai diém M (2;1)
la:
A.d:-y+1=0. B.d:4x+3y+14=0. C.d:3x—-4y—-2=0. D.d:4x+3y-11=0.
Lo giai.

C4u 57. Cho dwomng tron (C):(x—1)* +(y+2)° =8. Viét phwong trinh tiép tuyén d cia (C) tai
didm A(3-4).
A.d:x+y+1=0. B.d:x-2y-11=0. C.d:x—y-7=0. D.d:x—-y+7=0.
Lo giai.
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Céu 58. Phuong trinh tiép tuyén d cta duong tron (C):x* +y* —3x—y =0 tai diém N(L-1) 1a
A . d:x+3y—-2=0. B.d:x-3y+4=0.. C.d:x-3y-4=0. D.d:x+3y+2=0.
Loi giai.

Cau 59. Viét phwong trinh tiép tuyén ctia dwong tron (C):(x —3)2 +(y +1)2 =5, biét tiép tuyén
song song v&i duwong thang d : 2x+y+7 =0.

A 2x+y+1=0 hodc 2x+y-1=0. B. 2x+y =0 hoac 2x+y-10=0.

C. 2x+y+10=0 hoac 2x+y-10=0. D. 2x+y=0 hoac 2x+y+10=0.

Cau 60. Viét phwong trinh tiép tuyén cia duong tron (C):x* +y? +4x+4y—17 =0, biét tiép
tuyén song song véi dwong thang d :3x -4y —2018=0.
A. 3x—4y+23=0 hodc 3x—4y—-27=0. B. 3x—4y+23=0 hoac 3x—-4y+27=0.
C.3x—4y—23=0 hodc 3x—4y+27=0. D. 3x—4y—23=0 hodc 3x—4y—-27=0.

Céu 61. Viét phuwong trinh tiép tuyén ctia duwong tron (C):(x— 2)2 +(y —1)2 =25, biét tiép tuyén
song song v&i duwong thang d :4x+3y+14=0.

A. 4x+3y+14=0 hoac 4x+3y—-36=0. B. 4x+3y+14=0.

C. 4x+3y—-36=0. D. 4x+3y—-14=0 hoac 4x+3y—-36=0.
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Ciu 62. Viét phwong trinh ti€p tuyén cia dwong tron (C):(X—Z)2 +(y+4)2 =25, biét tiép
tuyén vudng goc voi dwong thang d :3x—4y+5=0.

A. 4Xx—-3y+5=0 hodc 4x—-3y—45=0. B. 4x+3y+5=0 hoac 4x+3y+3=0.

C. 4x+3y+29=0. D. 4x+3y+29=0 hodc 4x+3y—-21=0.

Cu 63. Viét phwong trinh ti€p tuyén cta duong tron (C):x*+y* +4x—2y—-8=0, biét tiép
tuyén vudng goc véi duwong thang d : 2x -3y +2018=0.

A. 3x+2y—-17=0 hodc 3x+2y—-9=0. B. 3x+2y+17=0 hodc 3x+2y+9=0.

C. 3X+2y+17 =0 hosic 3x+2y -9 =0. D. 3x+ 2y —17 =0 hosic 3x+2y +9 =0,

Céu 64. Viét phwong trinh tiép tuyén cla duwong tron (C):x* +y* —4x—4y+4=0, biét tiép
tuyén vuong goc véi truc hoanh.
A. x=0. B
C. Xx=0 hoac x-4=0 D.

Cau 65. Viét phwong trinh tiép tuyén A cta dwong tron (C):(x—l)2 +(y+2)2 =8, biét tiép
tuyén di qua diém A(5;-2).

A. A:x-5=0. B.A:Xx+y—-3=0 hodac A:x-y-7=0.

C. A:X-=5=0 hoac A:x+y-3=0. D.A:y+2=0hodac A:x—-y—-7=0.
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Lovi giai.

Céu 66. Viét phwong trinh tiép tuyén A cla dwong tron (C):x* +y* —4x—4y+4=0, biét tiép
tuyén di qua diém B(4;6).
A. A:X—4=0 hoac A:3x+4y-36=0. B.A:X—4=0 hoac A:y-6=0.
C.A:y—-6=0 hoac A:3x+4y-36=0. D. A:X—4=0 hodac A:3x—-4y+12=0.

CAu 67. Cho dudng tron (C):(x+1)" +(y—1)" =25 va diém M (9;—4). Goi A 1a tiép tuyén ciia
(C), biét A di qua M va khong song song v&i cac truc toa do. Khi d6 khoang cach tir diém
P(6;5) dén A bang:

A 3. B. 3. C. 4. D. 5.

Cau 68. C6 bao nhiéu dwong thing di qua goc toa do O va ti€p xdc véi dudng tron
(C):x*+y”’—2x+4y-11=07?
A 0. B. 2. C.1. D. 3.

Lovi giai.
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Cau 69. Cho dwong tron (C):(X—S)2 +(y+ 3)2 =1. Qua diém M (4;-3) c6 thé ké dwoc bao
nhiéu duong thing tiép xic véi duong tron (C)?

A 0. B. 1. C. 2. D. Vo so.

Céu 70. C6 bao nhiéu dwong thing di qua di€ém N(-2;0) tiép xic véi dwong tron
(C):(x—2)" +(y+3) =4?
A 0. B. 1. C. 2. D. V6 so.

DANG 4. M6t sd bai toan twong giao.

1.Phwong phap.

Ta chtl y mét sé tinh chat sau:
+ Tinh chit dwong kinh va day cung:
+» Duwong kinh la diy cung 16n nhit.

2.Bai tap minh hoa.

[QIBai tap 22. Trong mat phang véi hé toa dd Oxy, cho dwdng tron (C):(x —1)2 +(y- 3)2 =4 va
diém M (2;4). Viét phwong trinh dwong thing A di qua M va cit dwong tron (C) tai hai diém

A, B sao cho
a). M la trung diém AB. b). MA=3MB.
c). AB=22. d). AB c6 dd dai nhé nhit.
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[QIBai tap 23. Trong mat phang v&i hé toa dd Oxy, cho dwdng tron (C):(x —l)2 +(y- 3)2 =4 va
diém M (2;4). Viét phwong trinh dwong thing A di qua M va cit dwong tron (C) tai hai diém

A, B sao cho
a). AB c6 do dai 16n nhét.
b). Tiép tuyén ciia dwong tron (C) tai A va B vudng géc véi nhau.

c). Tiép tuyén ctia dwong tron (C) tai A va B song song véi nhau,

d). Tiép tuyén ctia dwdng tron (C) tai A va B hop véi nhau goc 60°.

Lo gidi
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CABai tip 24. Trong mit phing v&i hé toa do Oxy, cho hai dwomng tron (C,): x* +y? =13 va
(C,):(x—6)" +y? =25 ciing di qua diém M (2;3). Viét phwong trinh duong thing A di qua M
va cat hai dwong tron (C,), (C,) lan lwot tai A va B sao cho MA=MB.

[HIBai tp 25. Trong mat phang véi hé toa d6 Oxy, cho hai dwong tron (C,):(x —1)2 +(y —1)2 =1
va (C,):(x+2)" +y*=9 clng di qua diém M (L0). Viét phwong trinh dwong thing A di qua
M va cat hai dwong tron (C,), (C,) lanlwottai A va B sao cho MA=2MB.
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CQIBai tap 26. Trong mat phang véi hé toa dd Oxy, cho duong tron (C):(x —1)2 +(y+ 2)2 =4 va
duong thing A:x—y+1=0.DPiém M di dong trén A.Chirng minh rang tir M ké dwoc hai tiép
tuyén MA, MB véi (C) (A, B 1a cac tiép diém). Viét phwong trinh dwong thing AB biét AB
di qua diém K(L,-1).

[ABai tip 27. Trong mit phing hé toa do Oxy, cho dwong tron (C): x*+y? —4x—2y-4=0.
Goi | 1atdm va R 13 ban kinh cta (C). Tim toa d6 diém M thudc dwong thing d: x+y+2=0
sao cho tir M ké dwoc hai tiép tuyén MA, MB dén (C) (A, B la cac tiép diém) thoa man
1287
17
c). T giac MAIB ¢6 chu vi bang 2(3+ 2\/5) d). T giac MAIB 1a hinh vuong.

a). AB = b). Tt gidc MAIB c6 dién tich bing 6+/2.
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[LBai t4p 28. Trong mat phang hé toa d Oxy, cho dwong tron (C): x*+y* —4x—-2y-4=0.
Goi | latam va R la ban kinh ctaa (C) Tim toa d0 diéfm M thudc dwong thiang d: x+y+2=0
sao cho tir M ké duwoc hai tiép tuyén MA, MB dén (C) (A, B la cac tiép diém) thoa man

a). Tam giac MAB vuong.

b). Tam giac MAB déu.

c). Hai tiép tuyén MA, MB tao véi nhau géc bang 60°.

d). Tam giac I1AB déu.
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[LIBai tap 29. Trong mat phang véi hé toa dd Oxy, cho dwong tron (C):(x+ 2)2 +(y- 3)2 =5 va
duong thang d : x—5y—4=0.Tim trén (C) diém M vatrén d diém N sao cho
a). Hai diém M, N d&i xitng nhau qua diém A(-7;-1).

b). Hai diém M, N d6i xtirng nhau qua truc OX.
Loi giai
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duong thang d :2x+y+4=0.Tim trén (C) diém M vatrén d diém N sao cho
a). MN c6 do dai nhé nhat. b). MN c6 dd dai lon nhat.
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[LBai tap 31. Trong mat phang véi hé toa do Oxy, cho dwong thang d : X —5y —2 =0 va dwong
tron (C):x*+y*+2x—4y—-8=0. Xac dinh toa dd cic giao diém A, B cta duong tron (C) va
duong thang d, biét A c6 hoanh d6 dwong. Tim toa do diém C thudc (C) sao cho tam giac
ABC vuong & B.

[LBai tip 32. Trong mat phang véi hé toa do Oxy, cho dwong thiang d :3x—y—7=0 va dwong
tron (C):(x-1)" +(y-2)" =10. Ching minh duong thing d cit dwong tron (C) tai hai diém
phan biét A, B. Tim toa d6 diém C thudc (C) sao cho tam giac ABC can & C.
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[ABai tap 33. Trong mdt phing véi hé toa dd Oxy, cho dwdng tron (C): x> +y? +4x+4y+6=0
va duong thing d:x+my—2m+3=0. Goi | 1am tdm cta (C). Tim m dé d cit (C) tai hai
diém phan biét A va B théa min

a). AB 16n nhat.

b). AB=2.

c). Dién tich tam gidc IAB 16n nhat.

d).Dién tich AIAB bang g va AB 16n nhit.
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CQIBai tap 34. Trong mat phang véi hé toa dd Oxy, cho duong tron (C):(x —1)2 +(y+ 2)2 =9 va
dwong thang d :3x—4y+m=0.Tim m dé trén dudng thang d c6 duy nhit mot di€m P ma tir
d6 c6 thé ké dwoc hai ti€p tuyén PA, PB t&i (C) (A, B la cac tiép diém) sao cho
a). Tam giac PAB déu.
c). Goc giita hai ti€p tuyén PA, PB bing 60°.
Lo gidi

b). Tam gidc PAB vuong.
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3.CAau héi tric nghiém.

C4u 71. (THPT Qudc Hoc Hué 2020)
Cho dwdng tron (C):x* +y? —6x+2y+5=0 va duong thdngd : 2x+(m—-2)y-m-7=0.

Véi gid trindo ciia m thi d tiép xtc véi (C)?

A . m=3. B. m=15. D.m=3 hodac m=13

Cau 72.Cho dwong tron (C):x* +y? —4x+2y—7=0 va hai diém A(L1) va B(-12). Khing dinh
nao dwéi day la dung?
A. A ndm trong va B nam ngoai (C). B. A va B cuing ndm ngoai (C).

C. A ndm ngoai va B ndm trong (C).

D. A va B cing ndm trong (C).

Cau 73. Cho dudmng tron (C):x* +y* —4x+3=0. Héi ménh d& nao sau day 1a sai?

A. (C) c6tam 1(2;0).
C. (C) cittruc Ox tai 2 diém phan biét.

B. (C) c6 bankinh R=1.
D. (C) cittruc Oy tai 2 diém phan biét.
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Lo gidi

Cau 74. Cho duong tron (C):x*+y*—4x—2y=0 va dwong thing d:x+2y+1=0. Trong cic
ménh dé sau, tim ménh dé dang?

A. d di qua tdm ctia dwong tron (C) B. d cat (C) tai hai diém phéan biét.
C. d tiép xuc (C). D. d khong c6 diém chung véi (C).
Loi gidi

Cau 75. Cho dudng tron (C): (X—4)2 +(y—3)2 =5 va dwong thang d:x+2y-5=0. Toa do tiép
diém cua dwong thang d va duwong tron (C) la

A (31). B. (6;4). C. (5,0). D. (42).

Cau 76.Cho dwong tron (C): (x—l)2 +(y+3)2 =10 va dwong thing A:x+3y+m+1=0. DPwong
thdng A tiép xtic voi duong tron (C) khi va chi khi

A. m=1hoac m=-19. B. m=-3 hodac m=17.

C. m=-1 hodac m=19. D. m=3 hoac m=-17.
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Cau 77.(THPT Chuyén Lé Hong Phong 2020)
Duong thang nao tiép xic véi dwong tron (C):(x— 2)2 +y> =4 tai M c6 hoanh do x,, =3
A. x++3y—6=0. B. X++/3y+6=0. C.\V3x+y-6=0. D.3x+y+6=0.
Loi giai

Cau 78. Cho dwong tron (C) X2+ Y2 +6Xx—2y+5=0 va diém A(—4; 2). Puong thing d qua A
cat (C) tai 2 diém M, N sao cho A 1a trung diém ctia MN c6 phuong trinh la
A x-y+6=0. B. 7x-3y+34=0. C. 7x—y+30=0. D. 7x—-y+35=0.
Lo giai
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A (31). B. (3;2). C. (6;3). D. (5;2).

Cau 80. Cho dwong tron (C):(x—l)2 +(y+3)2 =10 va dwong thing A:x+y+1=0 biét dudng
thdng A cit (C) tai hai diém phin biét A, B. Do dai doan thing AB bing

A.%. B. \/38. C.@. D.@.
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C4u 81. Trong hé truc toa d6 Oxy, dwong tron nao c6 phwong trinh dwéi day ti€p xdc véi hai
truc toa d6?

A (x-2)° +(y-2)" =1. B. (x-2)" +(y+2) =

Cau 82. Duong tron (C):(x—a)2 +(y—b)2 = R? cit duong thiang x+2y—-a—-2b=0 theo day
cung c6 do dai bang bao nhiéu? (& day R>0).

A. R2. B.R—ﬁ. C.R. D. 2R.

Cau 83.Cho hai dwong tron (C,):x*+y?+2x—6y+6=0, (C,):x*+y?—4x+2y—4=0. Trong
cic ménh dé sau, tim ménh dé dung:

A. (C,) cit (C,). B. (C,) khong c6 diém chung véi (C,).
C. (C,) tiép xuc trong voi (C,). D. (C,) tiép xtic ngoai véi (C, ).
Loi giai
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SBAI 4. FLIiD

A - LY THUYET.

1.

Dinh nghia: Cho hai diém ¢ dinh F, va F, v6i FF,=2c (c>0)

Tap hop cac diém M théa man |MF, + MF, =23 by
(a khong doiva a>c >0) la mot dwong Elip. T & 2
e F, F, 1a hai tiéu diém cta (E). " )
e Khoang cach FF, =2c la tiéu cy cta Elip. e - . LR
e MF,, MF, duoc goi la ban kinh qua tiéu.
S B, R

2. Phwong trinh chinh tic cda Elip

[N

V6i F(—c;0), F,(c;0) taco M(x;y)e(E )<:> =

(1) trong ds

sDN| X

y_
b?
(E

Khi d6 (1) dwoc goi la phwong trinh chinh tic cia

)

|| cray: x| <a | <b.
3. Tinh chit va hinh dang ctia Elip

e Truc d6i xirng Ox (chira truclén), Oy (chira truc bé)
e Tam do6i xirng O.

e Toa dd cac dinh |A (—a;0), A (&;0), B,(0;-b), B,(0;b)|.
e D6 dai truclém [A A, =2a]. D6 dai truc bé [B,B, = 2b].

e Tiéu diém |F, (-c;0), F,(c;0)].

e Noi tiép trong hinh chir nhit co s& c6 kich thwdcla 2a va 2b.

A . C
e Tamsai [e =—<1].
a
. \ 2 al . a
e Hai dwong chuan |x=—| va [Xx=——|.
€ e

e V4iM (x;y) €(E). Khi dé : ban kinh qua tiéu diém trai.
: ban kinh qua tiéu diém phai.

B. CAC DANG TOAN VA PHIFONG PHAP GIAL.

DANG 1. X4c dinh c4c yéu t6 ctia elip khi biét phwong trinh chinh tic cta elip.

1.Phwong phap.

x> y?
?‘l‘b—z:l

* Tw tasuyra c cua elip.

+ Khi d6 ta suy ra dwoc cac yéu to cin tim.

+ Tl phwong trinh chinh tic

(1) ta xac dinh cac dai lwong a,b.

2.Bai tap minh hoa.

LOBai tp 1. Xac dinh cac dinh, dd dai cac trug, tiéu cw, tiéu diém , tAm sai cda elip c6 phwong
trinh sau
XZ y2
a).7+T=1. b).4x* + 25y* =100.

166

Loép Todn Thiy-Diép Tuin Tel: 0935.660.880



I Trung Tdm Luyén Thi Pai Hoc Amsterdam Chuwong IlI-Bai 3. E]ipl

Lo gidi

3.C4u héi tric nghiém.

Mikc d6 1. Nhan biét

2 2
Cau 1. Elip (E): ’2‘—5 + y? —1 ¢6 d6 dai truc 16n bing:
A 5. B. 10. C. 25. D. 50.
Lo giai.

A 2. B. 4. C. 1 D. %
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Al B. 2. C. 5. D. 10.

2 2
Céu 4. Elip (E): X Y 16 do dai truc bé bang:
100 64
A. 8. B. 10. C. 16. D. 20.

Cau 5. Elip (E): i(—e +Yy® =4 c6 téng d6 dai truc lém va truc bé bang:

A. 5. B. 10. C. 20. D. 40.
Lo gidi,
XZ y2
Cu 6. Elip (E): 2_5+E =1 c6 tiéu cw bang:
A.3. B. 6. C.9. D. 18.

Mirc d6 2. Thong hiéu

2 2
Céu 7. Elip (E): %+y7 =1 c6 tiéu cu bang:

A. 5. B. 5. C. 10. D. 2+/5.
Loi giai.
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2 2
Cau 8. Elip (E):X—+y—2=1,vé’i p>q>0 cb tiéu cw bang:
p* q
A p+q. B. p—q. C. p>—q>.

2 2
Céu 9. Elip (E): 12#0 + ;/—6 =1 c6 mot dinh nam trén truc lén la:
A. (100;0). B. (~100;0). C. (0;10). D. (~10;0)
Lo giai.
XZ y2
C4u 10. Elip (E): Tt 1 c6 mdt dinh nam trén truc bé la:
A. (4;0). B. (0;12). C. (0;243). D. (4;0)
Lo giai.
XZ y2
Céu 11.Elip (E): R 1 c6 mot tiéu diém la:
A. (0;3). B.(0;6). C. (—/30). D. (3,0)
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2 2
Céu 12. Cap diém nao 1a cac tiéu diém cta elip (E): X? +y7 =17
A F,(-L,0) va F,($0). B. F,(=3,0) va F,(3,0).
C. F,(0;-1) va F,(0;1). D. F,(~2;0) va F,(2;0)

2 2
Cau 13.Elip (E): — +y? =1.Tis6 e cha tiéu cw va do dai truc 1én cta elip bang:
Ae=1 BVl Ce=2 D.ec>
4 4 4
Lo giai.

2 2
Céu 14. Elip (E): % + y? =1.Tis6 f cta do dai truc16n va tiéu cu cia elip bang:

Af=3, B. f = Cf=2 D f-35
2 J5 3 3

Céu 15.Elip (E): i(—G +2-=1.Tis6 k cta tiéu cw va do dai truc bé ctia elip bang:

A k =8. B.k=+8. C. k=1. D.k=-1.
Loi giai.

170 | Lop Todn Thiy-Diép Tuin Tel: 0935.660.880



I Trung Tdm Luyén Thi Pai Hoc Amsterdam Chuwong IlI-Bai 3. E]ipl

2 2

Céu 16. Cho elip (E): % + YE =1. Trong cac khang dinh sau, khang dinh nao sai?
A. (E) c6 cactiéu diém F,(—4;0) va F,(4;0).
.. ~C 4
cotis —=—.
a 5

(E)
. (E) c6 dinh A (-5;0).
(E)

Céu 17. Cho elip (E): x* +4y? =1. Khang dinh nao sau day 1a dung?
A. Elip c6 tiéu cw bing /3. B. Elip c6 truc nhoé bang 2.
C. Elip c6 mot tiéu diém 1a F (O;%J. D. Elip c6 truc 1én bang 4.
Lo giai.

Cau 18. Cho elip (E):4x* +9y® =36. Tim ménh de sai trong cic ménh dé sau:
A. (E) c6 truc16n béang 6. B. (E) c6 truc nhé bang 4.

C. (E) c6 tiéu cu bing V5. D. (E) c6tisd g
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DANG 2. Viét phwong trinh chinh tic cia dwong elip.

1.Phwong phap.

+ Goi phwong trinh chinh tic elip 12 X—2 + V= 1(a>b>0)|.
a

Dé viét phuwong trinh chinh tic cla elip ta lam nhw sau:

2 2

y

+ Tir gid thiét cta bai toan ta thiét Iip cac phwong trinh, hé phwong trinh tir gia thiét cta bai
toan dé tim cic dai lwong a,b cta elip tir d6 viét dwgc phwong trinh chinh tic cia né.

2.Bai tap minh hoa.

bang 48.

[Bai tap 2. Viét phwong trinh chinh tic cta elip (E)trong méi trwdng hop sau:

a). (E)c6 dd dai truclénla 6 vatam sai e :%
b). (E)c6 toa @ mot dinh la (0;45) va di qua diém M (i - J

©). (E)c6 tiéu di€m thir nhét (—\/§;O) va di qua diém M (L £)

d). Hinh chit nhat co s& cta (E) c6 mot canh nam trén dudng thiang y+2 =0 va cé dién tich

e). (E)co6 tam sai bang ? va hinh chir nhit co sé ciia (E) c6 chu vi bang 20.
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[LIBai tap 3. LAp phwong trinh chinh tic cta Elip, biét
a). Elip di qua diém M (2;2) va c6 mot tiéu diém F,(—2;0).
b). Elip nhan F, (5;0) 1a mot tiéu diém va cé do dai truc nhé bang 46 .

¢). Elip c6 d6 dai truc 16n bing 2+/5 va tidu cu biing 2.
d). Elip di qua hai diém M (2; —ﬁ) va N (—\@;1).
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[IBai tap 4. LAp phwong trinh chinh tic cta Elip, biét

g A Tri N \ LA . 1
a). Elip c6 tong do dai hai truc bang 8 va tam sai e = —.

V2

b). Elip c6 tam sai e = ?5 va hinh chi¥ nhat co sé c6 chu vi bang 20.

c). Elip c6 tiéu diém Fl(—2; O) va hinh chit nhat co s& c6 dién tich bang 125.

Loi giai
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IBai tap 5. LAp phwong trinh chinh tic cta Elip, biét
a). Elip di qua diém M (—«/g; 2) va khoang cach gitra hai dwong chuin bang 10.

b). Elip c6 tdm sai e = g va khoang cich tir tAm ddi xtirng cia n6 dén mot duwdng chuin bang
25
=

c). Elip c6 do dai truc 16m bang 10 va phwong trinh mot dwong chuinla x = ?

d). Khoang cach giira cAc dudrng chuin bang 36 va ban kinh qua tiéu diém cta diém M thudc
Elip la 9 va 15.
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LLIBai tip 6. LAp phwong trinh chinh tic cta Elip, biét
a). Elip c6 hinh chit nhat co s& ndi tiép duong tron (C): x* + y* =41 va di qua diém A(0;5).
b). Elip c6 hinh chit nhat co s& noi tiép dwong tron (C): x* + y? =21 va diém M (1;2) nhin
hai tiéu diém ctia Elip dwéi mot géc 60°.
c). Mot canh hinh chit nhit co s cta Elip ndm trén d : x — J5=0va do dai duwong chéo hinh
chit nhat bang 6.
d). T giac ABCD la hinh thoi c6 bdn dinh trung véi cac dinh cua Elip. Ban kinh cua dwong

¢ N . ¥ \ A . ki . 0% 1
tron noi ti€p hinh thoi bang V2 va tim sai cla Elip bang >
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LBAi tp 7. LAp phwong trinh chinh tic cta Elip, biét
a). T gidc ABCD Ia hinh thoi c6 bon dinh trung véi cac dinh cda Elip. Pwong tron tiép xuc
v6i cac canh cda hinh thoi c6 phwong trinh (C):x* + y* =4 va AC =2BD, A thudc OX.
b). Elip c6 dd dai truc 16n bing 8 va giao diém cta Elip véi dwong tron (C): x* + y? =8 tao
thanh bén dinh cia mét hinh vuong.

1 . ’ .
c). Elip c6 tAm sai e = 3 va giao diém cta Elip v&i dwong tron (C): x* + y? =9 tai bn diém

A, B, C, D sao cho AB songsongvdi Ox va AB=3BC.
d). Elip c6 do dai truc 16m bang 442, cac dinh trén truc nhé va cac tiéu diém cta Elip cling
nam trén mot dwong tron.
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178 | Lop Todn Thiy-Diép Tusn Tel: 0935.660.880 |



I Trung Tdm Luyén Thi Pai Hoc Amsterdam Chuwong IlI-Bai 3. E]ipl

LOIBai tp 8. LAp phwong trinh chinh tic cta Elip, biét
a). Elip c6 hai dinh trén truc nho cung véi hai tiéu diém tao thanh mot hinh vuéng c6 dién
tich bang 32.
b). Elip c6 mot dinh va hai tiéu diém tao thanh mét tam gidc déu va chu vi hinh chi nhat co

sé& cta Elip bang 12(2 + \/5) :

c). Elip di qua diém M (2\/5; 2) va M nhin hai tiéu diém cta Elip dwéi mot goc vudng.

d). Elip di qua diém M (L‘ gj va tiéu diém nhin truc nhé a® =b* +¢* dwéi mot géc 60°.
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COIBai tap 9. Lap phwong trinh chinh tic cta Elip, biét
a). Elip c6 mot tiéu diém Fl(—\/g;O) va di qua diém M , biét tam gidc F,MF, c6 dién tich bang
1vavudngtai M .
b). Elip di qua ba dinh cta tam giac déu ABC. Biét tam giac ABC c6 truc doi xtirng la Oy,

493

A(0;2) va cé dién tich bang T

c).Khi M thay ddi trén Elip thi dd dai nhé nhit cia OM bang 4 va do dai 16n nhit cia MF,
bing 8 véi F, 1a tiéu diém c6 hoanh d6 Am cua Elip.

Loi giai
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3.C4u héi tric nghiém.

Mirc do 2. Thong Hiéu
Cau 19. Phwong trinh cta elip (E) c6 d6 dai truc 16n bing 8, do dai truc nhé bang 6 1a:

A. 9x° +16y* =144. B. 9x* +16y° =1.
2 2 2 2

c XY g D. X+ Y 1,
9 16 64 36

C4u 20. Tim phwong trinh chinh tic cta elip c6 tiéu cw bang 6 va truc 16n bang 10.
2 2 2 2 2 2 2 2
A.X—+y—: : B.X—+y—: . .x__y_: : .X— Y 1.
25 9 100 81 25 16 25 16
Lo giai.
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la:

2 2 2 2 2
A XY Xy Xy Y
25 9 100 16 100 81 25 16

Cau 22. Elip c6 d6 dai truc nhé 13 446 va c6 mét tiéu diém F (5;0). Phuong trinh chinh tic ctia
elip la:

2 2 2 2 2 2 2 2
XY g B. X+ _1. c. iy g DX Y 1
121 96 101 9 49 24 29 24

Lo gial,

Cau 23. Elip c6 mot dinh 1a A(5;0) va c6 mottiéu diém F, (—4;0). Phwong trinh chinh tic cta elip 1a:
2 2 2 2 2 2
.X—+y—:1 B.X—+y—:1 Cx—+y—=1 D.§+X=1
25 16 5 4 25 9 5 4
Lo giai,

Céu 24. Elip c6 hai dinh 1a (=3;0);(3;0) va c6 hai tiéu diém 1a (-10);(10). Phuong trinh chinh
tac cha elip 1a:

2 2 2 2 2 2 2 2
ALY g B. L Y 1 c. XY 1 DX Y 1
9 1 8 9 9 8
Lo giai,
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Cau 26. LAp phwong trinh chinh tic cta elip biét do dai truc 1én hon d6 dai truc nhé 4 don vi, dd
dai truc nho hon doé dai tiéu cw 4 don vi.

A Y g B. X +Y _1. c X ¥  JEAR A
64 60 25" 9 100 64

Cau 27. Lap phuwong trinh chinh tic cta elip biét ti s6 gitra do dai truc nhé va tiéu cu bang 7,
tong binh phwong do dai truc 1én va tiéu cu bang 64.

2 2 2 2 2 2 2 2
ALY o B.X +Y 1 XY D. XY —1
12 8 8 12 12 4
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Céu 28. Elip c6 mot tiéu diém F(-2;0) va tich d6 dai truc 1én véi truc bé bang 12+/5. Phuong

trinh chinh tic cda elip la:
2 2 2 2 2 2 2 2

AXY g B. LY 1 c. X Y1 DX Y 1
9 5 36 20 144" 5 45 16

Cau 29. Lap phuwong trinh chinh tic cha elip c6 dd dai truc 16n bang 26 va ti s6 cda tiéu cw voi

do dai truc 16n bang %

Xy, XY Xy XY
26 25 169 25 52 25 169 5
Lo giai.

Cau 30. Lap phuwong trinh chinh tic cta elip c6 dd dai truc lén bang 6 va ti s6 cua tiéu cw véoi do

dai truc 16n bang %

Mirc do 3. Van dung |
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Cau 31. Lap phuwong trinh chinh tic cta elip c6 dd dai truc nhé bang 12 va ti s cla tiéu cu v&i

do dai truc 16n bang g .

X ¥ XY RS ] X Y
36 25 25 36 64 36 100 36

A . 7 ~ A . . & \ ? ~N 2 A & A . z ¥ 3
Cau 32. Elip c6 tong do dai hai truc bang 18 va ti s6 cua tiéu cy véi do dai truc lon bang z

Phuong trinh chinh tic cta elip 1a:

2 2 2 2 2 2 2 2
A.X—+y—: B.X—+y—:1 C.X—+y—=1 D—+y—:1
25 16 5 4 25 9
Lo giai.
Cau 33. Elip c6 tong d6 dai hai truc bang 10 va ti s6 cua tiéu cw véi do dai truc 1on bang ?5

Phuwong trinh chinh tic cda elip 1a:

2 2 2 2 2 2 2 2
A B.X Y 1 ¢l g DX Y
25" 16 5 4 25" 9
Loi gia.
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Cau 34. Lap phuong trinh chinh tic cta elip, biét elip di qua hai diém A(7;0) va B(0;3).

AX Y g B. X +Y -1 A X0 g
16 9 25 9 9 ' 25 25 9
Lo giai.

2 2 2 2 2 2 2 2
2. ) B.2 +Y -1 c2+d g D.2+Y o1
16 4

186 | Lop Todn Thiy-Diép Tuin Tel: 0935.660.880 |



I Trung Tdm Luyén Thi Pai Hoc Amsterdam Chuwong IlI-Bai 3. E]ipl

Cau 37. Tim phwong trinh chinh tic cta elip néu né c¢é truc 1én gp doi truc bé va di qua diém
M (2;-2).
2 2 2 2 2 2 2 2
AX Y B.X Y 1 I | D. X+ g
20 5 36 9 24 6 16 4

Xy Sy XYy XY
25 16 25 16 25 9 100 81
Lo giai.

Cau 39. Tim phwong trinh chinh tdc cta elip, biét elip c6 tiéu cw bang 2/3 va di qua A( ;l) .
2 2 2 2 2 2 2 2
AZ+L g B2+ o1 c 2+l D.2+L 1.
6 3 8 2 8 5 9 4
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M (J1_5;—1).

Cau 40. Tim phwong trinh chinh tic cua elip, biét elip c6 tiéu cw bang 8 va di qua diém

2 2 2 2 2 2 2
AX Y g AN A | Y 1 DX+ ¥ 1
12 4 16 4 4 20 4
Lo gial,
Cau 41. Elip qua diém M [2;%) va c6 mot tiéu diém F(-2;0). Phwong trinh chinh tic cda elip
la:
2 2 2 2 2 2 2
AX Y o B.X 1Y -1 Y 1 D. XY g
4 16 25 9
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Cau 42. Phuong trinh chinh tic cta elip c6 hai tiéu di€ém F (-2;0), F,(2;0) va di qua diém
M (2:3) la:

2 2 2 2 2 2 2 2
XY B.X 1Y 1 c XY g D. XY —1
16 12 16 9 16 4 16 8

LY gial,

Cau 43. Tim phwong trinh chinh tac cta elip néu né di qua diém A(6;0) va ti s6 clia tiéu cu v6i

do dai truc 16n bang % .

2 2 2 2 2
XY XY c XY 0. X Yy
36 27 36 18
Lo giai.
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A N \ z < 2 . N 7 . = A 5 Y fed ~ 2 A
Cau 44. Tim phuong trinh chinh tac cda elip néu né di qua diém N (2;—§j va ti so cua tiéu cy

vGi dd dai truc 16n bang % .

Cau 45. Tim phwong trinh chinh tic cia elip néu né di qua diém A(Z; \/5) va ti s6 ctia do dai

s in N 2
truc lén véi tiéu cw bang —.

2 2 2 2 2 2 2 2
AX Y B. X +Y _1. XY DX+ 1
16 4 4 16
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DANG 3. X4c dinh diém nam trén duwdng elip théa man diéu kién cho truéc.
1.Phwong phap.

2 2
D& xac dinh toa d6 diém M thudc elip c6 phwong trinh chinh ticla (E): X—2 + # =1(a>b>0)
a

ta lam nhw sau

2 2
+ Giastt M (X,;Yy )|, diém |M €(E) < );—'2 + {)—Z’ =1/ ta thu dwgc phwong trinh thi nhit.
+ T diéu kién cda bai toan ta thu dwoc phwong trinh thit hai; gidi phwong trinh, hé phwong

trinh an x,,, y,, tatim dwoc toa do cia diém M .

2.Bai tdp minh hoa.
LBai tip 10.

2 2

a). Trong mat phang véi hé toa dd Oxy, cho Elip (E): ;—5 15 ])./_6 =1.Goi F,, F, 12 hai tiéu diém

cta Elip; A, B 1a hai diém thudc (E) sao cho AF, + BF, =8.Tinh AF, + BF,.

2 2

b). Trong mit phang v&i hé toa d Oxy, cho Elip (E): % e y? =1.Goi F,, F, 12 hai tiéu diém

cta Elip trong d6 F, c6 hoanh d6 4m. Tim toa d6 diém M thudc (E) sao cho MF, = 2MF,.

2 2
¢). Trong mit phing véi hé toa dé Oxy, cho Elip (E): % + VT ~1.Goi F,, F, 12 hai tiéu diém

cta Elip trong d6 F, c6 hoanh do am. Tim toa d6 diém M thudc (E) sao cho MF, —MF, =2.
Loi gidi
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OB tap 11.
2 2
a). Trong mit phang véi hé toa do Oxy, cho Elip (E): % + yT =1. Tim nhitng difm M thudc
(E) sao cho n6 nhin hai tiéu diém ctia (E) duéi mot géc vudng.

2

b). Trong mit phang v&i hé toa dd Oxy, cho Elip (E): XZ +y? =1 véi hai tiéu diém F, F,.

Tim toa d6 diém M thudc (E) sao cho goc FMF, =60°.

2 2

c). Trong mit phang v&i hé toa d6 Oxy, cho Elip (E): 1)(()—0 + % =1 v6i hai tiéu diém F, F,.
Tim toa do diém M thudc (E) sao cho goc F,MF, =120°.
2 2

d). Trong mit phéng véi hé toa dé Oxy, cho Elip (E): ;‘—5 4 VE —1 v6i hai tiéu diém F,, F,

trong dé6 F, c6 hoanh do 4m. Tim toa d6 diém M thudc (E) sao cho goc MFF, =120°.

Loi giai
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LABai tip 12.
2 2

a). Trong mit phéng véi hé toa do Oxy, cho Elip (E): XT + yT ~1 va diém C(2;0). Tim toa do

cac diém A, B thudc (E), biétriang A, B d6i xing v6i nhau qua truc hoanh va tam giac
ABC la tam giac déu.

2 2

b). Trong mit phang v&i hé toa dd Oxy, cho Elip (E): XZ e yT =1. Tim toa dd cac diém A va

B thuoc (E) c6 hoanh d6 dwong sao cho tam giac OAB cén tai O va cé dién tich 1é6n nhat.
2 2

¢). Trong mit phéng véi hé toa dd Oxy, cho Elip (E): % + yT ~1 va diém A(3,0). Tim toa db

cac diém B, C thudc (E) sao cho tam giac ABC vudng cin tai A, biét B ¢6 tung d6 duwong.

Loi giai
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COBai tap 13.

2 2

a). Trong mit phing véi hé toa dd Oxy, cho Elip (E): i(_cs 4 y? 1 va hai diém A(-5;-1),
B(-11). Xac dinh toa d6 diém M thudc (E) sao cho dién tich tam gidc MAB 1&n nht.
2 2

b). Trong mit phang v&i hé toa dd Oxy, cho Elip (E): % 15 y? =1 vahai diém A(3;4),

B(5;3). Tim trén (E) diém C sao cho tam gidc ABC c6 dién tich bang 4,5.

2 2

c). Trong mdt phang véi hé toa do Oxy, cho Elip (E): X? - yT =1. Tim trén (E) nhitng diém

sao cho khoang cach tir diém d6 dén duwong thang d : 2x — 3y +1=0 13 16n nhit.

Loi giai
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LABai tip 14.

2 2

a). Trong mit phang v6i hé toa dd Oxy, cho Elip (E): % + y; =1 va cac diém A(-3,0),

I (=1;0). Tim toa d6 cac diém B, Cthudc (E) sao cho | 13 tim dwong tron ngoai tiép AABC.

2 2
b). Trong mit phang v&i hé toa dd Oxy, cho Elip (E): % + YE =1 c6 hai tiéu diém F,, F,.

Tim toa d6 diém M thudc (E) sao cho ban kinh dwong tron ndi tiép tam gidc MF,F, bang g .

2 2

c). Trong mit phang Oxy, cho Elip (E): )2(—5 + YE =1 c6 hai tiéu diém F, F,. Tim toa d6 diém

. 4
M thudc (E) sao cho dwong phan giac trong géc FMF, di qua diém N (—2—§;0j.
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2 2

LBai tip 15. Trong mit phang Oxy, cho elip (E): % + y? =1c6 titu diém F va F,.

Tim diém M trén (E) sao cho

a). Piém M c6 tung gip ba Ian hoanh dé.
b). MF, = 2MF,

¢). FMF, = 60°.
d). Dién tich tam gidc AOAM 1én nhdtvéi A(L1).

Loi gidi
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2 2

[OB3i t4p 16. Cho elip (E) : XT + VT —1va C(20). Tim A B thudc (E) biét A B ddi xtrng nhau

qua truc hoanh va tam gidc ABC déu.
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3.CAu héi tric nghiém.

2 2

Cau 46. Cho elip (E):%—i—é =1 v&i a>b>0. Goi 2c la tiéu cw ciia (E). Trong cic ménh dé

sau, ménh dé nao dung?
A. ¢ =a’+b% B. b =a’+c?. C. a>=b*+c?. D.c=a+h.

Cau 47. Cho elip c6 hai tiéu diém F,, F, va c6 do dai truc 16n bang 2a. Trong cac ménh dé sau,

ménh dé nao ding?
A 2a=FF, B. 2a> FF,. C.2a<FF, L ee= 5

2 2
Céu 48. Cho elip (E): %—i—y? =1. Hai diém A, B 1a hai dinh cta elip 14n lwvgt ndm trén hai truc

Ox, Oy.Khi d6 do dai doan thang AB bang:

A.34. B. \/34. C. 5. D. /136.
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Céu 49. Mot elip (E) c6 truc 16m dai gdp 3 lan truc nho. Ti s6 e cta tiéu cu véi d6 dai truc 1on
bang:
A.e:1 Be=£ C.e=£. D. e 2\/_
3 3 3
Lo giai.

Céu 50. Mot elip (E) c6 khoang cach giira hai dinh ké tiép nhau gép g Ian tiéu cu cta noé. Ti s6

e cda tiéu cw véi do dai truc 16m bang:

5 5 5 5
Lo giai.
2 2

Céu 51. Cho diém M (2;3) ndm trén duwdng elip (E) c6 phwong trinh chinh tic: =+ =
a

)
Trong c4c diém sau day di€ém nao khéng nam trén (E):
A M, (-2:3). B. M, (2-3). C. My(-2-3). D. M, (3,2).

2 2

Cau 52. Cho elip (E): % ; ;’—2 —1. Khing dinh ndo sau day Ia ding?

A. (E) khong c6 truc ddi xirng.

E) c6 mot truc doi xirng 1a truc hoanh.

c6 vO s6 truc doi xirng.

E) c6 hai truc doi xtrng la truc hoanh va truc tung.
- (E)

Loi gii.
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2 2
Céu 53. Cho elip (E): X—2 + EJ/_Z =1. Khing dinh nao sau day la dung?
a
A. (E) khéng c6 tam d6i xtrng. B. (E) c6 diing mot tim d6i xtirng.
C. (E) c6 hai tdm ddi xtng. D. (E) c6 v6 s6 tdm ddi xtng.

Cau 54. Elip (E) c6 d6 dai truc bé bang tiéu cw. Ti s6 e clia tiéu cy v6i do dai truc 16m cta (E)
bang:
A e=1. B.e=+2. C.e=

Cau 55. Elip (E) c6 hai dinh trén truc nhoé cung véi hai tiéu diém tao thanh mét hinh vuong. Ti

sO e cla tiéu cw véi do dai truc16m cta (E) bang:

Ae=1. B.e=+2. C.e=

Céu 56. Elip (E) c6 do dai truc 16n bang 442, c4c dinh trén truc nhé va cic tiéu diém cda elip
cling nam trén mot duong tron. PO dai truc nhé cia (E) bang:
A 2. B. 4. C. 8. D. 16.
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Cau 57. Cho elip (E)::—6+VE=1 va M 1amét diém tiy y trén (E). Khi dé:

A. 3<OM <4, B. 4<OM <5. C. OM >5. D. OM <3.

2 2

Cau 58. Cho elip (E):].XE-F]_):H =1 vadiém M nam trén (E). Néu M c6 hoanh d6 bang —13 thi
khodng cach tir M dén hai tiéu diém bang:
A.10va 6. B.8va 18. C.13 +45. D. 13 +/10.
Lo giai,
X2 y2
Cau 59. Cho elip (E):E+E:1 va diém M nam trén (E). Néu M c6 hoanh d6 bang 1 thi

khoang cach tir M dén hai tiéu diém bang:

A. 3,5 va 4,5, B.3va5. C.4++/2. D.4i%.

Cau 60. Cho elip c6 phwong trinh 16x° + 25y* = 100. Tinh téng khodng cach tir diém M thudc
elip c6 hoanh d6 bang 2 dén hai tiéu diém.

A 3. B. 2/2. C.5. D. 44/3.
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DANG 4. Bai Toan Twong Giao

1.Phwong phap.
2 2
Phwong trinh chinh tic cta (E): X—2 + # =1(a>b>0) twong giao v&i dwong thang
a
X_Z 15 y_2 =1
(A):Ax+By+C =0 khi hé phwongtrinh < a2 " p? c6 nghiém, hodc vo nghiém.
Ax+Bx+C=0

2.Bai tap minh hoa.
LBai tip 17.

2 2
a). Trong mat phang véi hé toa dd Oxy, cho Elip (E): % + YE =1vadiém M(L1).
Viét phwong trinh dwong thang A diqua M va cat (E) tai hai diém phan biét A, B sao cho
M latrung diém AB.

2 2

b). Trong mit phang Oxy, cho Elip (E XY _1vadiém M E,E . Viét phwong trinh
4 1 33

duong thang di qua M va cat (E) tai hai diém phén biét A, B sao cho MA=2MB.

2 2

c).Trong mdt phang Oxy, cho Elip (E): XX + yT =1 va duong thdng d : 2x+y+3=0. Viét

phwong trinh dwong thang A vudéng géc d va cat (E) tai hai diém A, B sao cho tam giac
OAB c6 dién tich bang 1.

d). Trong mit phang véi hé toa dd Oxy, cho Elip (E): x* +3y* =6 c6 hai tiéu diém F,, F,
trong d6 F, c6 hoanh d6 4&m. Goi d 1a dwong thang di qua F, va songsongvdi A:y=-x+1

dong thoi cit (E) tai hai diém A, B phén biét. Tinh dién tich tam gidc ABF,.

Loi giai
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LBai tip 18.

X2
8
buong thing d cat (E) tai hai diém A, B.

2
a). Trong mat phang Oxy, cho Elip (E): +y7 =1 va dwdng thing d 1 x—+/2y +2=0.

Tim toa d6 diém C trén (E) sao cho tam giac ABC cantai C.
2 2

b). Trong mit phang Oxy, cho Elip (E): ;.(_GJF% =1 va duong thang d :3x +4y—-12=0.

buong thing d cat (E) tai hai diém A, B. Tim toa do di€ém C trén (E) sao cho tam giac
ABC c6 dién tich bang 6.
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2 2
X LY Qua moét tiéu diém cta (E) dwng dwong thing song song véi

Cau 61. Cho elip (E):
u61. Choelip (E): 705+ 35
truc Oy va cat (E) tai hai diém M va N.

Tinh do dai MN.
A.%. B.ﬁ. C. 25. D.é.
5 5 2
Loi giai

2 2
Céu 62. Cho (E): % + {_6 =1. Mot duong thing di qua di€ém A(2;2) va song song vé6i truc hoanh
cat (E) tai hai diém phan biét M va N . Tinh d6 dai MN.
A. 345. B. 151/2. C. 24/15. D. 5+/3.
Lo giai.

2 2
Céu 63. Day cung cta elip (E): % e =1 (0<b<a) vudng géc véi truc 1én tai tiéu diém c6 do
dai bang:
2 2 2 2
A B. 2 ¢ D.L
a C C
Loi giai
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Cau 64. Puwong thang d :3x+4y-12=0 cat elip (E): :—6+— =1 tai hai diém phan biét M va
N . Khi d6 dd dai doan thing MN bang:

A 3. B. 4. C. 5. D. 25.
Lo giai,
XZ y2
C4u 65. Gia tri cia m dé dudng thdng A:x—-2y+m=0 cit elip (E):7+T:1 tai hai diém
phan biét I3:
A m=+2/2. B. m>24/2.
C. m<-24/2. D. 242 <m<24/2.
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