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PHƯƠNG PHÁP TỌA ĐỘ TRONG KHÔNG GIAN    3 
 

A . LÝ THUYẾT. 
I.  Vectơ pháp tuyến và véc tơ chỉ phương. 
1. Véc tơ pháp tuyến:  

     a. Định nghĩa : Cho đường thẳng  .  

Vectơ 0n   gọi là vectơ pháp tuyến (VTPT) của   nếu giá của 

n  vuông góc với  . 
  

b. Nhận xét : Nếu n  là VTPT của   thì  0kn k   cũng là VTPT của  . 

Ví dụ 1. Cho tam giác ABC có đường cao AH , đường trung trực   của đoạn BC ( I là trung  
điểm của BC ), ,M N lần lượt là trung điểm của đoạn ,AB AC . Tìm véc tơ pháp tuyến của đường 

thẳng:    
 a). BC .  b). AH .  c).  .   d). MN .  

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

2. Vectơ chỉ phương. 
     a. Định nghĩa : Cho đường thẳng  .  

Vectơ 0u   gọi là vectơ chỉ phương (VTCP) của   nếu giá của 

u  song song hoặc trùng với  . 
  

b. Nhận xét. Nếu u  là VTCP của    thì  0ku k   cũng là VTCP của  . 

3. Mối quan hệ giữa vectơ chỉ phương u  và véc tơ pháp tuyến n :  
Vì VTPT và VTCP vuông góc với nhau nên ta có hai nhận xét sau:  

  Nếu   có VTCP ( ; )u a b  thì ( ; )n b a   là một VTPT   của  . 

 Nếu   có VTPT ( ; )n A B thì ( ; )u B A   là một VTCP của  . 

 Nếu   có VTCP ( ; )u a b  thì 
b

k
a

  là hệ số góc của  . 

 Nếu   có hệ số góc k  thì VTCP là (1; )u k  của  . 

 

Ví dụ 2. Trong mặt phẳng tọa độ ,Oxy cho hai điểm    1;3 , 2;4A B  . Tìm véc tơ chỉ phương 

của đường thẳng AB . 
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II. Phương trình của đường thẳng. 
1. Phương trình tổng quát .  

Cho đường thẳng   đi qua 0 0( ; )M x y  và có VTPT ( ; )n A B , 

với 2 2 0.A B   

Khi đó: 0 0( ; )M x y 
0 0( ) ( ) 0A x x B y y     

    0 00    ( )Ax By C C Ax By           1   

     1  gọi là phương trình tổng quát  của đường thẳng  . 

Nhận xét : Nếu đường thẳng   : 0Ax By C    thì ( ; )n A B  là VTPT của  . 

Ví dụ 3. Cho tam giác ABC  biết    2;0 , 0;4 , (1;3)A B C . Viết phương trình tổng quát của 

 a). Đường cao AH . 
 b). Đường trung trực của đoạn thẳng BC . 
 c). Đường thẳng AB . 
 d). Đường thẳng qua C  và song song với đường thẳng AB . 
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Một số dạng đặc biệt của phương trình tổng quát.  
    song song hoặc trùng với trục : 0.Ox by c    

    song song hoặc trùng với trục : 0.Oy ax c    

    đi qua gốc tọa độ : 0.ax by    

  Phương trình đường thẳng có hệ số góc k  là y kx m   với tank  ,   là góc hợp bởi tia 

Mt  của   ở phía trên trục Ox  và tia .Mx  

 ( xo;y0 )

= ( A;B )n

M
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Ví dụ 4. Cho đường thẳng : 2 3 0d x y    và điểm  1;2M  .  

Viết phương trình tổng quát của đường thẳng   biết: 
 a).   đi qua điểm M  và có hệ số góc 3.k   
 b).   đi qua M  và vuông góc với đường thẳng .d  
 c).   đối xứng với đường thẳng d  qua .M  
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2. Phương trình tham số và chính tắc .  
a. Phương trình tham số của đường thẳng: 

 Cho đường thẳng   đi qua 0 0 0( ; )M x y  và ( ; )u a b  là VTCP.  

 Khi đó ( ; )M x y 
0

0

0
   MM t

tx x a
t R

y y b
u

t

 





 



.  2  

 Hệ  2  gọi là phương trình tham số của đường thẳng  , t  gọi là tham số. 

Nhận xét :  Nếu   có phương trình tham số là  2  khi đó 0 0( ; ).A A x at y bt    

b. Phương trình chính tắc của đường thẳng. 

Cho đường thẳng   đi qua 0 0 0( ; )M x y  và ( ; )u a b  (với 0, 0a b  ) là vectơ chỉ phương thì 

phương trình 0 0x x y y

a b

 
   3 được gọi là phương trình chính tắc của đường thẳng  .  



Trung Tâm Luyện Thi Đại Học Amsterdam              Chương III-Bài 1. Phương Trình Đường Thẳng 

4 Lớp Toán Thầy-Diệp Tuân                                                                                                 Tel: 0935.660.880  

 

 Ví dụ 5. Cho điểm  1; 3A   và  2;3B  . Viết phương trình tham số của đường thẳng  trong 

mỗi trường hợp sau: 

 a).   đi qua A  và nhận vectơ  1;2n  làm vectơ pháp tuyến. 

 b).   đi qua gốc tọa độ và song song với đường thẳng .AB  
 c).   là đường trung trực của đoạn thẳng .AB  

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 Ví dụ 6. Viết phương trình tổng quát, tham số, chính tắc (nếu có) của đường thẳng  trong 
mỗi trường hợp sau: 

 a).  đi qua điểm  3;0A  và  1;3 .B  

 b).  đi qua  3;4N  và vuông góc với đường thẳng 
1 3

' :
4 5

x t
d

y t

 


 
. 
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3. Phương trình đoạn chắn .  

  đi qua hai điểm    ;0 , 0; : 1
x y

A a B b
a b

    với  0ab   

 

 
Ví dụ 7. Lập phương trình tổng quát của đường thẳng  : 

 a). qua  2;0A  và  0;3 .B    b). qua  5; 8M    và có hệ số góc 3.k     
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Ví dụ 8. Một đường thẳng đi qua điểm  5; 3M   cắt trục Ox  và Oy  tại A  và B  sao cho M  là 

trung điểm của AB  . Viết phương trình tổng quát của đường thẳng đó. 
Lời giải 
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Ví dụ 9. Trong mặt phẳng hệ tọa độ Oxy , viết phương trình đường thẳng d  đi qua  4;1M   

và cắt chiều dương các trục Ox , Oy  lần lượt tại A  và B  sao cho OA OB  nhỏ nhất.  

Lời giải 
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 Ví dụ 10. Cho điểm  1;4M . Viết phương trình đường thẳng qua M lần lượt cắt hai tia Ox , 

tia Oy  tại A và B sao cho tam giác OAB  có diện tích nhỏ nhất . 

Lời giải 
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B. CÁC DẠNG TOÁN VÀ PHƯƠNG PHÁP GIẢI. 

DẠNG 1. Lập phương trình tổng quát của đường thẳng . 

1. Phương pháp.  

Để viết phương trình tổng quát của đường thẳng   ta cần xác định hai yếu tố:  
 Một điểm 0 0( ; ) .M x y    

 Một vectơ pháp tuyến   2 2; , 0.n A B A B    của .                                  

 Khi đó phương trình tổng quát của   là    0 0 0a x x b y y     

Nhận xét:  

        Đường thẳng   có phương trình tổng quát là 2 20, 0Ax By C A B      nhận  ;n A B   

 làm vectơ pháp tuyến. 
   Nếu hai đường thẳng song song  với nhau thì VTPT đường thẳng này cũng là VTPT của 
 đường thẳng kia. 

  0x x : nếu đường thẳng song song với trục Oy . 

  0y y : nếu đường thẳng song song với trục Ox . 

 ( xo;y0 )

= ( A;B )n

M
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2. Bài tập minh họa.  

Bài tập 1. Cho tam giác ABC  biết    2;1 , 1;0 , (0;3)A B C . 

 a). Viết phương trình tổng quát của đường cao AH ; 
 b). Viết phương trình tổng quát đường trung trực của đoạn thẳng AB ; 
 c). Viết phương trình tổng quát đường thẳng BC ; 
 d). Viết phương trình tổng quát đường thẳng qua A  và song song với đường BC . 
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Bài tập 2. Lập phương trình tổng quát của đường thẳng: 

 a). qua  2;0A  và  0;3 .B   

 b). qua  5; 8M    và có hệ số góc 3.k     

Lời giải 
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Bài tập 3. Viết phương trình tổng quát của đường thẳng d   

 a). Qua  1; 4M    và song song với đường thẳng 3 5 2 0.x y     

 b). Qua  1;1N  và vuông góc với đường thẳng 2 3 7 0.x y     

Lời giải 
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 ..........................................................................................................................................................................................................    
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Bài tập 4. Cho hai điểm  4;0P  và  0; 2Q   . Viết phương trình tổng quát của đưởng thẳng 

 a). Qua điểm S  và song song với đường thẳng PQ .  

 b). Trung trực của PQ . 

Lời giải 
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Bài tập 5. Viết phương trình các đường trung trực của tam giác ABC  biết    1;1 , 1;9M N  

  , 9;1P  là các trung điểm của ba cạnh tam giác 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Bài tập 6. Viết phương trình đường thẳng đi qua  2;5M  và cách đều hai điểm  1;2 ,P   

 5;4Q . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Bài tập 7. Đường thẳng : 2 8 0d x y    cắt các trục Ox  và Oy  lần lượt tại các điểm A  và B  . 

Gọi M  là điểm chia đoạn AB  theo tì số 3 . Viết phương trình đường thẳng đi qua M  và vuông 
góc với d   

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Bài tập 8. Cho đường thẳng 1 2: 2 2 0; : 3 0d x y d x y       và điểm  3;0M  . Viết phương 

trình đường thẳng   đi qua ,M  cắt 1d  và 2d  lần lượt tại điểm A  và B  sao cho M  là trung 

điểm của đoạn thẳng AB   
Lời giải 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Bài tập 9. Cho đường thẳng : 2 3 0d x y    và điểm  1;2M  . Viết phương trình tổng quát 

của đường thẳng   biết    đối xứng với đường thẳng d  qua M  

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

3. Bài tập luyện tập. 

Bài 1. Cho điểm  1; 3A  . Viết phương trình tổng quát của đường thẳng   đi qua A  và  

 a). Vuông góc với trục tung. 
 b). Song song với đường thẳng : 2 3 0.d x y    

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Bài 2. Viết phương trình tổng quátcủa đường thẳng  trong mỗi trường hợp sau: 

 a).  đi qua điểm  2;5M  và song song với đường thẳng : 4 7 3 0d x y    

 b).  đi qua  2; 5P   và có hệ số góc 11k  . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Bài 3. Cho  8;6M . Viết phương trình đường thẳng qua M  cắt chiều dương hai trục toạ độ 

tại ,A B  sao cho OA OB  đạt giá trị nhỏ nhất. 

Lời giải 
 ..........................................................................................................................................................................................................   
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

4. Câu hỏi trắc nghiệm.  

Câu 1. Vectơ nào dưới đây là một vectơ chỉ phương của đường thẳng song song với trục ?Ox  

 A.  1 1;0u  . B.  2 0; 1 .u    C.  3 1;1 .u    D.  4 1;1 .u   

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Câu 2. Vectơ nào dưới đây là một vectơ chỉ phương của đường thẳng song song với trục ?Oy  

 A.  1 1; 1 .u    B.  2 0;1 .u    C.  3 .1;0u   D.  4 .1;1u   

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Câu 3. Vectơ nào dưới đây là một vectơ chỉ phương của đường thẳng đi qua hai điểm  3;2A   

và  ?1;4B  

 A.   1 1;2 .u    B.  2 .2;1u   C.  3 2;6 .u    D.  4 1;1 .u   

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Câu 4. Vectơ nào dưới đây là một vectơ chỉ phương của đường thẳng đi qua gốc tọa độ  0;0O  

và điểm  ; ?M a b  

 A.  1 0; .u a b   B.  2 ; .u a b  C.  3 ; .u a b   D.  4 ; .u a b   

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Câu 5. Vectơ nào dưới đây là một vectơ chỉ phương của đường thẳng đi qua  ;0A a  và  ?0;B b  

 A.  1 ; bu a  . B.  2 ;bu a .  C.  3 ;au b . D.  4 ;au b  . 

Lời giải. 
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Câu 6. Vectơ nào dưới đây là một vectơ chỉ phương của đường phân giác góc phần tư thứ nhất? 

 A.  1 .1;1u   B.  2 0; 1 .u   C.  3 .1;0u   D.  4 1;1 .u   

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Câu 7. Vectơ nào dưới đây là một vectơ pháp tuyến của đường thẳng song song với trục ?Ox  

 A.  1 .0;1n    B.   2 .1;0n   C.  3 1;0 .n   D.  4 .1;1n   

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 8. Vectơ nào dưới đây là một vectơ pháp tuyến của đường thẳng song song với trục ?Oy  

 A.  1 1;1 .n    B.  2 .0;1n   C.  3 1;1 .n   D.  4 .1;0n   

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 9. Vectơ nào dưới đây là một vectơ pháp tuyến của đường thẳng đi qua hai điểm  2;3A  và 

 4;1 ?B  

 A.  1 .2; 2n    B.  2 2; 1 .n    C.  3 .1;1n    D.  4 1; 2 .n    

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 10. Vectơ nào dưới đây là một vectơ pháp tuyến của đường thẳng đi qua gốc tọa độ và điểm 

 ; ?A a b  

 A.  1 ; .n a b   B.  2 .1;0n   C.  3 ; .n b a    D.  4 .;n a b  

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 11. Vectơ nào dưới đây là một vectơ pháp tuyến của đường thẳng đi qua hai điểm phân biệt 

 ;0A a  và  0; ?B b  

 A.  1 ; .b an    B.  2 .;n b a   C.  3 ; .n b a   D.  4 .;n a b  

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 12. Vectơ nào dưới đây là một vectơ pháp tuyến của đường phân giác góc phần tư thứ hai? 

 A.  1 .1;1n   B.  2 0;1 .n   C.  3 .1;0n   D.  4 1;1 .n   

Lời giải. 
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 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 13. Đường thẳng d  có một vectơ chỉ phương là  2; 1u   . Trong các vectơ sau, vectơ nào 

là một vectơ pháp tuyến của d ? 

 A.  1 .1;2n    B.  2 1; 2 .n   C.  3 .3;6n   D.  4 3;6 .n   

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 14. Đường thẳng d  có một vectơ pháp tuyến là  4; 2n   . Trong các vectơ sau, vectơ nào 

là một vectơ chỉ phương của d ? 

 A.  1 .2; 4u    B.  2 2;4 .u   C.  3 .1;2u   D.  4 2;1 .u   

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 15. Đường thẳng d  có một vectơ chỉ phương là  3; 4u   . Đường thẳng   vuông góc với 

d  có một vectơ pháp tuyến là: 

 A.  1 .4;3n   B.  2 4; 3 .n     C.  3 .3;4n   D.  4 3; 4 .n   

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 16. Đường thẳng d  có một vectơ pháp tuyến là  2; 5n    . Đường thẳng   vuông góc với 

d  có một vectơ chỉ phương là: 

 A.  1 .5; 2u    B.  2 5;2 .u   C.  3 .2;5u   D.  4 2; 5 .u   

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 17. Đường thẳng d  có một vectơ chỉ phương là  3; 4u   . Đường thẳng   song song với 

d  có một vectơ pháp tuyến là: 

 A.  1 .4;3n   B.  2 4;3 .n   C.  3 .3;4n   D.  4 3; 4 .n   

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 18. Đường thẳng d  có một vectơ pháp tuyến là  2; 5n    . Đường thẳng   song song với 

d  có một vectơ chỉ phương là: 

 A.  1 .5; 2u    B.  2 5; 2 .u     C.  3 .2;5u   D.  4 2; 5 .u   

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 19. Một đường thẳng có bao nhiêu vectơ chỉ phương? 
 A.  1.  B. 2 .    C. 4 .  D. Vô số. 



Trung Tâm Luyện Thi Đại Học Amsterdam              Chương III-Bài 1. Phương Trình Đường Thẳng 

14 Lớp Toán Thầy-Diệp Tuân                                                                                                 Tel: 0935.660.880  

 

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 20. Đường thẳng d  đi qua điểm  0; 2M   và có vectơ chỉ phương  3;0u   có phương 

trình tham số là: 

 A.  
3 2

:
0

x t
d

y

 



. B. 

0
:

2 3

x
d

y t




  
. C. 

3
:

2

x
d

y t




 
. D. 

3
:

2

x t
d

y




 
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 21. Vectơ nào dưới đây là một vectơ chỉ phương của đường thẳng 
2

:
1 6

x
d

y t




  
? 

 A.  1 6;0u  .  B.  2 6;0u   . C.  3 2;6u  . D.  4 0;1u  . 

Lời giải. 
 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 22. Vectơ nào dưới đây là một vectơ chỉ phương của đường thẳng 

1
5

: 2

3 3

x t

y t


 

 
   

? 

 A.  1 1;6 .u    B. 2

1
;3

2
u

 
  
 

. C.  3 5; 3u   . D.  4 5;3u   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 23. Một đường thẳng có bao nhiêu vectơ pháp tuyến? 
 A. 1.  B. 2.  C. 4. D. Vô số. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 24. Vectơ nào dưới đây là một vectơ pháp tuyến của : 2 2017 0d x y   ? 

 A.  1 0; 2n   .  B.  2 1; 2n   . C.  3 2;0n   . D.  4 2;1n  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 25. Vectơ nào dưới đây là một vectơ pháp tuyến của : 3 2017 0d x y    ? 

 A.  1 3;0n   .  B.  2 3; 1n    . C.  3 6;2n  . D.  4 6; 2n   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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Câu 26. Vectơ nào dưới đây là một vectơ pháp tuyến của 
1 2

: ?
3

x t
d

y t

  


 
 

 A.  1 2; 1n   .  B.  2 1;2n   . C.  3 1; 2n   . D.  4 1;2n  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 27. Vectơ nào dưới đây là một vectơ chỉ phương của : 2 3 2018 0?d x y    

 A.  1 3; 2u    .  B.  2 2;3u  . C.  3 3;2u   . D.  4 2; 3u   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 28. Đường trung trực của đoạn thẳng AB  với  3;2A   ,  3;3B    có một vectơ pháp  

tuyến là: 

 A.  1 6;5n  .  B.  2 0;1n  . C.  3 3;5n   . D.  4 1;0n   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 29. Cho đường thẳng : 3 2 0x y    . Vectơ nào sau đây không phải là vectơ pháp tuyến 

của  ? 

 A.  1 1;–3n  .  B.  2 –2;6n  . C. 3

1
; 1

3
n

 
  
 

. D.  4 3;1n  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 30. Đường thẳng d  đi qua điểm  1; 2A   và có vectơ pháp tuyến  2;4n    có phương  

trình tổng quát là: 
 A. : 2 4 0.d x y     B. : 2 5 0.d x y     C. : 2 4 0.d x y     D. : 2 4 0.d x y    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 31. Đường thẳng d  đi qua điểm  0; 2M   và có vectơ chỉ phương  3;0u   có phương  

trình tổng quát là: 
 A. : 0.d x    B. : 2 0.d y     C. : 2 0.d y     D. : 2 0.d x    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 32. Phương trình nào sau đây là phương trình tổng quát của đường thẳng 
3 5

:
1 4

x t
d

y t

 


 
? 

 A. 4 5 17 0x y   . B. 4 5 17 0x y   . C. 4 5 17 0x y   . D. 4 5 17 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 33. Phương trình nào sau đây là phương trình tổng quát của đường thẳng 
15

:
6 7

x
d

y t




 
? 

 A. 15 0x   . B. 15 0x   . C. 6 15 0x y  . D. 9 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 34. Cho đường thẳng : 3 5 2018 0d x y   . Tìm mệnh đề sai trong các mệnh đề sau: 

 A. d  có vectơ pháp tuyến  3;5n  . B. d  có vectơ chỉ phương  5; 3u   . 

 C. d  có hệ số góc 
5

3
k  .   D. d  song song với đường thẳng : 3 5 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 35. Đường thẳng d  đi qua điểm  1;2M  và song song với đường thẳng : 2 3 12 0x y     

có phương trình tổng quát là: 
 A. 2 3 8 0x y   . B. 2 3 8 0x y   . C. 4 6 1 0x y   . D. 4 3 8 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 36. Phương trình tổng quát của đường thẳng d  đi qua O  và song song với đường thẳng 
: 6 4 1 0x x     là: 

 A. 3 2 0.x y    B. 4 6 0.x y    C. 3 12 1 0.x y     D. 6 4 1 0.x y     

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 37. Đường thẳng d  đi qua điểm  1;2M   và vuông góc với đường thẳng : 2 3 0x y     

 có phương trình tổng quát là: 
 A. 2 0x y  . B. 2 3 0x y   . C. 1 0x y   . D. 2 5 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 38. Viết phương trình đường thẳng   đi qua điểm  4; 3A   và song song với đường thẳng  

3 2
:

1 3

x t
d

y t

 


 
. 

 A. 3 2 6 0x y   . B. 2 3 17 0x y    . C. 3 2 6 0x y   . D. 3 2 6 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 39. Cho tam giác ABC  có      2;0 ,  0;3 ,  –3;1A B C . Đường thẳng d  đi qua B  và song song  

với AC  có phương trình tổng quát là: 
 A. 5 – 3 0x y   . B. 5 – 3 0x y  . C. 5 –15 0x y  . D. –15 15 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 40. Viết phương trình tổng quát của đường thẳng d  đi qua điểm  1;0M   và vuông góc với  

đường thẳng : .
2

x t

y t


 

 
 

 A. 2 2 0x y   .  B. 2 2 0x y   .  C. 2 1 0x y   .  D. 2 1 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 41. Viết phương trình tổng quát của đường thẳng d  đi qua điểm  2; 5M    và song song  

với đường phân giác góc phần tư thứ nhất. 
 A. 3 0x y   . B. 3 0x y   . C. 3 0x y   . D. 2 1 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 42. Viết phương trình tổng quát của đường thẳng d  đi qua điểm  3; 1M   và vuông góc với 

đường phân giác góc phần tư thứ hai. 
 A. 4 0x y   . B. 4 0x y   . C. 4 0x y   . D. 4 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 43. Viết phương trình tổng quát của đường thẳng d  đi qua điểm  1;2M   và song song với  

trục Ox . 
 A. 2 0y   . B. 1 0x   . C. 1 0x   . D. 2 0y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 44. Phương trình tổng quát của đường thẳng đi qua hai điểm  3; 1A   và  1;5B  là: 

 A. 3 6 0.x y      B. 3 10 0.x y     C. 3 6 0.x y      D. 3 8 0.x y     

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 45. Phương trình đường thẳng cắt hai trục tọa độ tại  –2;0A  và  0;3B  là: 

 A. 2 3 4 0x y   . B. 3 – 2 6 0x y   . C. 3 – 2 6 0x y   .  D. 2 – 3 4 0x y    

Lời giải. 
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 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 46. Phương trình tổng quát của đường thẳng đi qua hai điểm  2; 1A   và  2;5B  là: 

 A. 1 0.x y     B. 2 7 9 0.x y     C. 2 0.x     D. 2 0.x     

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 47. Phương trình tổng quát của đường thẳng đi qua hai điểm  3; 7A   và  1; 7B   là: 

 A. 7 0.y     B. 7 0.y     C. 4 0.x y     D. 6 0.x y     

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 48. Cho tam giác ABC  có    1;1 ,  0; 2 ,  4 .( ) ;2A B C  Lập phương trình đường trung tuyến 

của tam giác ABC  kẻ từ .A   
 A. 2 0.x y     B. 2 3 0.x y     C. 2 3 0.x y     D. 0.x y    

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 49. Đường trung trực của đoạn AB  với  1; 4A   và  5;2B  có phương trình là: 

 A. 2 3 3 0.x y    B. 3 2 1 0.x y     C. 3 4 0.x y     D. 1 0.x y     

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 50. Đường trung trực của đoạn AB  với  4; 1A   và  1; 4B   có phương trình là: 

 A. 1.x y    B. 0.x y    C. 0.y x    D. 1.x y   

Lời giải. 
 ..........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 51. Đường trung trực của đoạn AB  với  1; 4A   và  1;2B  có phương trình là: 

 A. 1 0.y     B. 1 0.x     C. 1 0.y     D. 4 0.x y    

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 52. Đường trung trực của đoạn AB  với  1; 4A   và  3; 4B   có phương trình là : 

 A. 4 0.y     B. 2 0.x y     C. 2 0.x     D. 4 0.y     

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 53. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có    2; 1 ,  4;5A B  và  3;2C 
 

. Lập phương trình đường cao của tam giác ABC  kẻ từ .A  
 A. 7 3 11 0.x y    B. 3 7 13 0.x y      C. 3 7 1 0.x y     D. 7 3 13 0.x y     

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 54. Trong mặt phẳng với hệ Oxy , cho tam giác ABC  có    2; 1 ,  4;5A B  và  3;2 .C    

Lập phương trình đường cao của tam giác ABC  kẻ từ .B  
 A. 3 5 13 0.x y    B. 3 5 20 0.x y     C. 3 5 37 0.x y     D. 5 3 5 0.x y     

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 55. Trong mặt phẳng với hệ Oxy , cho tam giác ABC  có    2; 1 ,  4;5A B  và  3;2 .C    
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Lập phương trình đường cao của tam giác ABC  kẻ từ .C  
 A.  1 0.x y     B. 3 3 0.x y     C. 3 11 0.x y     D. 3 11 0.x y     

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

DẠNG 2. Lập phương trình tham số, chính tắc của đường thẳng . 

1. Phương pháp.  

Để viết phương trình tham số, chính tắc của đường thẳng   ta cần xác định hai yếu tố:  
 Một điểm 

0 0( ; ) .M x y   
                                                                           

 

                                                                                                                       
 

 Một vectơ chỉ phương  ;u a b  của   

 Khi đó phương trình tham số của   là 
0

, .
o

x x at
t

y y bt

 


 
 

 Suy ra phương trình chính tắc của đường thẳng   là 0 0x x y y

a b

 
  

Đặc biệt:   
  Trường hợp 0ab   thì đường thẳng không có phương trình chính tắc. 

  d  qua ,A B  thì có VTCP  ;B A B Au x x y y  . 

  ' : 0d d ax by c     thì VTCP    ' ; 3;4u a b N . 

  ''/ / : 0d d ax by c    thì VTCP  '' ;u b a   hay  ;b a . 

  d  có hệ số góc 'k  thì VTCP  1;u k . 

 

2. Bài tập minh họa.  

Bài tập 10.  

 a). Lập phương trình tham số của đường thẳng d  đi qua điểm  2;1M  và có VTCP  3;7u  . 

 b). Lập phương trình tham số của đường thẳng d  đi qua điểm  và có VTPT  4; 3n   . 

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

u

 ( xo;y0 )

uA

B

M
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 11. Lập phương trình tham số của đường thẳng :d   

 a). Đi qua điểm  5;1M  và có hệ số góc 8k  . 

 b). Đi qua hai  điểm  3;4A  và  4;2B . 

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 12. Viết phương trình tham số của đường thẳng: 
 a). 2 3 6 0.x y       b). 4 5.y x     

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 13. Viết phương trình tham số của đường thẳng: 

 a). : 3.d x      b). 
2 1

: .
5 3

x y
d

 



  

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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Bài tập 14. Lập phương trình chính tắc của đường thẳng 

 a). qua  4;1A   và  1;4B .  b). qua  4;1A  và  4;2B  

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 15. Cho điểm  5;2A   và đường thẳng 
2 3

:
1 2

x y
d

 



. Lập phương trình chính tắc 

của đường thẳng    
 a). qua A  và song song với .d    b). qua A  và vuông góc với d . 

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 16. Cho tam giác ABC  có    2;1 , 2;3A B  và  1; 5C  . 

 a). Viết phương trình đường thẳng chứa cạnh BC  của tam giác. 
 b). Viết phương trình đường thẳng chứa đường trung tuyến AM . 
 c). Viết phương trình đường thẳng đi qua hai điểm ,D G  với D  là chân đường phân giác 

trong góc A  và G  là trọng tâm của ABC . 

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

3. Bài tập luyện tập. 

Bài 4. Cho điểm  2; 2A   và  0;1B . Viết phương trình tham số của đường thẳng  trong mỗi 

trường hợp sau: 

 a).   đi qua A  và nhận vectơ  1;2u  làm vectơ chỉ phương. 

 b).   đi qua  1;2M  và nhận vectơ  4;2n  làm vectơ pháp tuyến. 

 c).   đi qua  1;1C  và song song với đường thẳng .AB  

 d). Ox  là đường trung trực của đoạn thẳng .AB  
Lời giải 

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài 5. Viết phương trình tổng quát, tham số, chính tắc (nếu có) của đường thẳng  trong mỗi 
trường hợp sau: 

 a).  đi qua điểm  3;0A  và  1;0 .B   

 b).  đi qua  1;2M  và vuông góc với đường thẳng : 3 1 0d x y   . 

 c).  đi qua gốc tọa độ và song song với đường thẳng 
1 3

:
2

x t

y t

 
 


. 

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài 6. Cho tam giác  1;0F  có    2; 1 , 2; 3A B    và  1;5C  . 

 a). Viết phương trình đường thẳng chứa cạnh của tam giác. 
 b). Viết phương trình đường thẳng chứa đường trung tuyến AM . 
 c). Viết phương trình đường thẳng đi qua trung điểm AB  và trọng tâm của tam giác ABC  

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài 7. Cho tam giác ABC  biết    1;4 , 3; 1A B   và  6; 2C  . 

 a). Viết phương trình đường thẳng chứa các cạnh AB . 
 b). Viết phương trình đường cao AH . 
 c). Viết phương trình đường trung tuyến của tam giác đó AM . 
 d). Viết phương trình đường trung trực cạnh BC . 
 e). Viết phương trình đường thẳng đi qua trọng tâm của tam giác và song song với trục  
   hoành. 
 f). Viết phương trình đường thẳng đi qua trung điểm BC  và vuông góc với trục tung. 
 g). Viết phương trình đường thẳng đi qua A  và tạo với hai trục tọa độ một tam giác cân đỉnh 
   là gốc tọa độ. 
 h). Đường thẳng qua C  và chia tam giác thành hai phần , phần chứa điểm A  có diện tích gấp  
   đối phần chứa điểm B . 

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài 8. Viết phương trình đường thẳng qua  3;2M và cắt tia Ox tại A , tia Oy tại B  sao cho : 

 a). 12OA OB   
 b). Diện tích tam giác OAB  bằng 12 

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

4. Câu hỏi trắc nghiệm.  

Câu 56. Đường thẳng d  đi qua điểm  1; 2M   và có vectơ chỉ phương  3;5u   có phương trình 

tham số là: 

 A.  
3

:
5 2

x t
d

y t

 


 
. B. 

1 3
:

2 5

x t
d

y t

 


  
. C. 

1 5
:

2 3

x t
d

y t

 


  
. D. 

3 2
:

5

x t
d

y t

 


 
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 57. Đường thẳng d  đi qua gốc tọa độ O  và có vectơ chỉ phương  1;2u    có phương trình  

tham số là: 

 A.  
1

:
2

x
d

y

 



. B. 

2
:

x t
d

y t





. C. :

2

x t
d

y t




 
. D. 

2
:

x t
d

y t

 



. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 58. Đường thẳng d  đi qua điểm  4;5A   và có vectơ pháp tuyến  3;2n   có phương trình  

tham số là: 

 A. 
4 2

5 3

x t

y t

  


 
. B. 

2

1 3

x t

y t

 


 
.  C. 

1 2

3

x t

y t

 



.  D. 

5 2

4 3

x t

y t

 


  
. 
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Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 59. Phương trình nào sau đây là phương trình tham số của đường thẳng : 3 0d x y   ? 

 A. .
3

x t

y t




 
  B. .

3

x t

y t




 
  C. 

3
.

x

y t





  D. 

2
.

1

x t

y t

 


 
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 60. Phương trình nào sau đây là phương trình tham số của đường thẳng : 3 2 6 0?d x y    

 A. 
3

.
2 3

x t

y t




 
  B. .3

3
2

x t

y t





 


  C. .3
3

2

x t

y t





  


  D. 

2

.3
3

2

x t

y t





 


 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 61. Viết phương trình tham số của đường thẳng đi qua hai điểm  2; 1A   và  2;5B . 

 A. 
2

.
1 6

x

y t




  
 B. 

2
.

6

x t

y t




 
 C. 

2
.

5 6

x t

y t

 


 
 D. 

1
.

2 6

x

y t




 
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 62. Viết phương trình tham số của đường thẳng đi qua hai điểm  –1;3A  và  3;1B . 

 A.  
1 2

3

x t

y t

  


 
. B. 

1 2

3

x t

y t

  


 
. C. 

3 2

1

x t

y t

 


  
. D. 

1 2

3

x t

y t

  


 
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 63. Đường thẳng đi qua hai điểm  1;1A  và  2;2B  có phương trình tham số là: 

 A.  
1

.
2 2

x t

y t

 


 
  B. 

1
.

1 2

x t

y t

 


 
 C. 

2 2
.

1

x t

y t

 


 
 D. .

x t

y t





 

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 64. Đường thẳng đi qua hai điểm  3; 7A   và  1; 7B   có phương trình tham số là: 

 A. 
7

x t

y




 
. B. 

7

x t

y t




  
. C. 

3

1 7

x t

y t

 


 
. D. 

7

x t

y





. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 65. Phương trình nào dưới đây không phải là phương trình tham số của đường thẳng đi qua 

hai điểm  0;0O  và  1; 3M  ? 

 A. 
1

3

x t

y t

 



. B. 

1

3 3

x t

y t

 


  
. C. 

1 2

3 6

x t

y t

 


  
. D. 

3

x t

y t

 



. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 66. Trong mặt phẳng với hệ tọa độ Oxy , cho ba điểm  2;0A ¸  0;3B  và  3; 1C   .  

Đường thẳng đi qua điểm B  và song song với AC  có phương trình tham số là: 

 A. 
5

.
3

x t

y t




 
 B. 

5
.

1 3

x

y t




 
 C. .

3 5

x t

y t




 
 D. 

3 5
.

x t

y t

 



 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 67. Trong mặt phẳng với hệ tọa độ Oxy , cho ba điểm  3;2A ¸  4;0P  và  0; 2Q  .  

Đường thẳng đi qua điểm A  và song song với PQ  có phương trình tham số là: 

 A.  
3 4

.
2 2

x t

y t

 


 
 B. 

3 2
.

2

x t

y t

 


 
 C. 

1 2
.

x t

y t

  



 D. 

1 2
.

2

x t

y t

  


  
 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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Câu 68. Trong mặt phẳng với hệ tọa độ Oxy , cho hình bình hành ABCD  có đỉnh  –2;1A  và  

phương trình đường thẳng chứa cạnh CD  là 
1 4

3

x t

y t

 



. Viết phương trình tham số của đường 

thẳng chứa cạnh AB . 

 A.  
2 3

2 2

x t

y t

  


  
. B. 

2 4

1 3

x t

y t

  


 
. C. 

2 3

1 4

x t

y t

  


 
. D. 

2 3

1 4

x t

y t

  


 
. 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 69. Viết phương trình tham số của đường thẳng d  đi qua điểm  3;5M   và song song với  

đường phân giác của góc phần tư thứ nhất.  

 A.  
3

5

x t

y t

  


 
. B. 

3

5

x t

y t

  


 
. C. 

3

5

x t

y t

 


  
. D. 

5

3

x t

y t

 


  
. 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 70. Viết phương trình tham số của đường thẳng d  đi qua điểm  4;0M   và vuông góc với  

đường phân giác góc phần tư thứ hai. 

 A. 
4

x t

y t




  
. B. 

4x t

y t

  


 
. C. 

4

x t

y t




 
. D. 

4

x t

y t




 
. 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 71. Viết phương trình tham số của đường thẳng d  đi qua điểm  4; 7M   và song song với 

trục Ox .  

 A.  
1 4

7

x t

y t

 


 
. B. 

4

7

x

y t




  
. C. 

7

4

x t

y

  



. D. 

7

x t

y




 
. 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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Câu 72. Trong mặt phẳng với hệ Oxy , cho tam giác ABC  có  1;4A ,  3;2B  và  7;3 .C   

Viết phương trình tham số của đường trung tuyến CM  của tam giác.  

 A.  
7

.
3 5

x

y t




 
 B. 

3 5
.

7

x t

y

 


 
 C. 

7
.

3

x t

y

 



 D. 

2
.

3

x

y t




 
 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 73. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  2;4A ,  5;0B  và  .2;1C
 

Trung tuyến BM  của tam giác đi qua điểm N  có hoành độ bằng 20  thì tung độ bằng: 

 A. 12.  B. 
25

.
2

   C. 13.  D. 
27

.
2

  

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 74. Viết phương trình tham số của đường thẳng d  đi qua điểm  6; 10M   và vuông góc với  

trục Oy . 

 A. 
10

6

x t

y

 



.  B. 

2
:

10

x t
d

y

 


 
.  C. 

6
:

10

x
d

y t




  
.  D. 

6
:

10

x
d

y t




  
. 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 75. Đường thẳng d  đi qua điểm  2;1M   và vuông góc với đường thẳng 
1 3

:
2 5

x t

y t

 
 

  
 có 

phương trình tham số là: 

 A. 
2 3

.
1 5

x t

y t

  


 
 B. 

2 5
.

1 3

x t

y t

  


 
 C. 

1 3
.

2 5

x t

y t

 


 
 D. 

1 5
.

2 3

x t

y t

 


 
 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 76. Viết phương trình tham số của đường thẳng d  đi qua điểm  1;2A   và song song với 

đường thẳng : 3 13 1 0x y    . 

 A. 
1 13

2 3

x t

y t

  


 
. B. 

1 13

2 3

x t

y t

 


  
. C. 

1 13

2 3

x t

y t

  


 
. D. 

1 3

2 13

x t

y t

 


 
. 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 77. Viết phương trình tham số của đường thẳng d  qua điểm  1;2A   và vuông góc với  

đường thẳng : 2 4 0x y    . 

 A. 
1 2

2

x t

y t

  


 
. B. 

4 2

x t

y t




 
. C. 

1 2

2

x t

y t

  


 
. D. 

1 2

2

x t

y t

 


 
. 

Lời giải. 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 78. Trong mặt phẳng Oxy  cho tam giác ABC  với  3; 2A  ;  4;7B ;  1;1C   phương trình  

tham số đường trung tuyến AM  là 

 A. 
3

4 2

x t

y t

 


 
. B. 

3

2 4

x t

y t

 


  
. C. 

3 3

2 4

x t

y t

 


  
. D. 

3

2 4

x t

y t

 


  
. 

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 79. Cho tam giác ABC  với  2;4A ;  2;1B ;  5;0C . Trung tuyến CM  đi qua điểm nào 

dưới đây? 

 A. 
9

14;
2

 
 
 

. B. 
5

10;
2

 
 

 
. C.  7; 6  . D.  1;5 . 
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Lời giải 
 ..........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 80. Cho hai đường thẳng song 
1 : 5 7 4 0d x y   và 

2 : 5 7 6 0.d x y   Phương trình 

đường thẳng song song và cách đều 
1d  và 

2d  là 

 A. 5 7 2 0x y   . B. 5 7 3 0x y   . C. 5 7 4 0x y   . D. 5 7 5 0x y   . 

Lời giải 
 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       

 ..........................................................................................................................................................................................................       
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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A . LÝ THUYẾT. 
I.  Vị trí tương đối của hai đường thẳng.  

 Cho hai đường thẳng 1 1 1 1 2 2 2 2: 0;  : 0d a x b y c d a x b y c       

 Ta xét hệ 
1 1 1

2 2 2

0

0

a x b y c

a x b y c

  


  
   I  khi đó nếu:  

 Hệ  I vô nghiệm suy ra 1 2/ /d d . 

 Hệ  I vô số nghiệm suy ra 1 2d d  

 Hệ  I có nghiệm duy nhất suy ra 1d và 2d cắt nhau và nghiệm của hệ là tọa độ giao điểm. 

Đặc biệt: Với trường hợp 2 2 2. . 0a b c   khi đó: 

 Nếu 1 1

2 2

a b

a b
  thì hai đường thẳng cắt nhau. 

 Nếu 1 1 1

2 2 2

a b c

a b c
     thì hai đường thẳng song song nhau. 

 Nếu 1 1 1

2 2 2

a b c

a b c
     thì hai đường thẳng trùng nhau.  

Ví dụ 1. Xét vị trí tương đối và tìm giao điểm nếu có của 2 đường thẳng: 
 a). 2 5 3 0x y    và 5 2 3 0x y   . 

 b). 3 4 0x y    và 0,5 1,5 4 0x y   . 

 c). 10 2 3 0x y    và 5 1,5 0x y   . 

Lời giải 
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    
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 .........................................................................................................................................................................................................  
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Ví dụ 2. Xét vị trí tương đối và tìm giao điểm nếu có của cặp đường thẳng: 

 a). 
1 5

:
2 4

x t
d

y t

  


 
 và 

6 5 '
' :

2 4 '

x t
d

y t

  


 
  

 b). 
1 4

:
2 2

x t
d

y t

 


 
 và ' : 2 4 10 0d x y     

 c). 
2

:
2 2

x t
d

y t

  


 
 và 

3
' :

1 2

x y
d





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§BÀI 2.  VỊ TRÍ TƯƠNG CỦA HAI ĐƯỜNG THẲNG-KHOẢNG CÁCH-GÓC 
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Ví dụ 3. Biện luận theo tham số m  vị trí tương đối của hai đường thẳng: 2 0mx y    và 

1 0x my m      
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Ví dụ 4. Với giá trị nào của tham số m  thì hai đường thẳng sau đây vuông góc: 

    1 : 8 0mx y     và 2 : 0x y m      

Lời giải 
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Ví dụ 5. Tìm m  để ba đường thẳng sau đây đồng quy: 

   1 : 2 4 0d x y    , 2 : 5 2 3 0d x y    và 3 : 3 2 0d mx y     
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2.  Khoảng cách.. 
a). Khoảng cách của hai điểm phân biệt.  

 Khoảng cách giữa hai điểm  ;A AA x y  và  ;B BB x y  được tính theo công thức : 

       
2 2

B A B AAB x x y y     

 
b). Công thức tính khoảng cách từ một điểm tới đường thẳng. 

Cho đường thẳng : 0Ax By C     và điểm  0 0;M x y . 

Khi đó khoảng cách từ M  đến   được tính bởi công thức                     

                         0 0

2 2
,

Ax By C
d M

A B

 
 


.  2 2 0A B   

 
c). Vị trí của hai điểm đối với đường thẳng.  

 Cho đường thẳng : 0Ax By C     và  ;M MM x y  ,  ;N NN x y  . Khi đó 

  ,  M N  cùng phía với   khi và chỉ khi    0M M N NAx By C Ax By C     . 

 ,  M N  khác phía với   khi và chỉ khi    0M M N NAx By B Ax By C     . 

Ví dụ 6. Cho đường thẳng : 5 3 5 0x y     

  a). Tính khoảng cách từ điểm  1;3A   đến đường thẳng .  

 b). Tính khoảng cách giữa hai đường thẳng song song   và ': 5 3 8 0.x y     
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Ví dụ 7. Cho đường thẳng : 4 3 5 0x y     

 a). Tìm tọa độ điểm A  thuộc   và cách gốc tọa độ một khoảng bằng 4 . 

 b). Tìm điểm B  thuộc   và cách đều hai điểm  5;0E ,  3; 2 .F   
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 ( xo;y0 )

Ax + By + C=0

H

M
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Ví dụ 8. Cho ba điểm    2;0 , 3;4A B  và  1;1P . Viết phương trình đường thẳng đi qua P  

đồng thời cách đều A  và .B  
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Ví dụ 9. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng   cách điểm 

 1;1A  một khoảng bằng 2  và cách điểm  2;3B  một khoảng bằng 4 . 

Lời giải 
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Ví dụ 10. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  2;4A  ,  3;5B . Viết phương 

trình tổng quát của đường thẳng   đi qua điểm  0;1I  sao cho khoảng cách từ A  đến đường 

thẳng   gấp 2  lần khoảng cách từ B  đến  . 
Lời giải 
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Ví dụ 11. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng   song song 

với đường thẳng : 3 4 1 0d x y    và cách d  một khoảng bằng 1. 
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Ví dụ 12. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 3 2 0d x y    và hai điểm 

phân biệt  1; 3A , B d . Viết phương trình đường thẳng AB , biết rằng khoảng cách từ B  đến 

giao điểm của đường thẳng AB  với d  bằng hai lần khoảng cách từ điểm B  đến d . 
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3. Góc giữa hai đường thẳng. 
a). Định nghĩa. Hai đường thẳng a  và b  cắt nhau tạo thành bốn góc. Số đo nhỏ nhất của các góc đó  
 được gọi là số đo của góc giữa hai đường thẳng a  và b , hay đơn giản là góc giữa a  và b .  

 Khi a  song song hoặc trùng với b , ta quy ước góc giữa chúng bằng 00 . 
b). Công thức xác định góc giữa hai đường thẳng.  
 Cho hai đường thẳng 1  và 2  có phương trình 1 1 1 1: 0A x B y C     và 2 2 2 2: 0A x B y C     

 Khi đó góc của nó được xác định bởi công thức 

                                            1 2 1 2

1 2
2 2 2 2

1 1 2 2

cos ;
a a b b

a b a b


  

 
. 

Đặt biệt: Phương trình đường phân giác của góc tạo bởi hai đường thẳng  
 1 1 1 1: 0a x b y c     và 2 2 2 2: 0a x b y c     có phương trình                           

                                                   1 1 1 2 2 2

2 2 2 2

1 1 2 2

a x b y c a x b y c

a b a b

   
 

 
. 

Ví dụ 13. Xác định góc giữa hai đường thẳng sau 1 : 3 2 1 0x y     và  2 :
7 5

x t
t

y t


 

 
. 
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Ví dụ 14. Tìm m  để góc hợp bởi hai đường thẳng  1 : 3 7 0x y     và 2 : 1 0mx y     

một góc bằng 030  
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Ví dụ 15. Cho đường thẳng : 3 2 1 0d x y    và  1;2M . Viết phương trình đường thẳng   đi  

qua M  và tạo với d  một góc 45o . 

Lời giải 
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Ví dụ 16. Trong mặt phẳng với hệ toạ độ Oxy , cho đường thẳng : 2 2 0d x y    và điểm  

 1;1I . Viết phương trình đường thẳng   cách điểm I  một khoảng bằng 10  và tạo với đường 

thẳng d  một góc bằng 045 . 

Lời giải 
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 Ví dụ 17. Trong mặt phẳng với hệ tọa độ Oxy , cho điểm  0;1M  và hai đường thẳng lần lượt 

1 : 7 17 0d x y   , 2 : 5 0d x y   . Viết phương trình đường thẳng   đi qua M  và tạo với 1d , 

2d  một tam giác cân tại giao điểm của 1d  và 2d .  

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

B. CÁC DẠNG TOÁN VÀ PHƯƠNG PHÁP GIẢI. 

DẠNG 1. Xét vị trí tương đối của đường thẳng . 

1. Phương pháp.  

 Cho hai đường thẳng 1 1 1 1 2 2 2 2: 0;  : 0d a x b y c d a x b y c       

 Ta xét hệ 
1 1 1

2 2 2

0

0

a x b y c

a x b y c

  


  
   I  khi đó nếu:  

 Hệ  I vô nghiệm suy ra 1 2/ /d d . 

 Hệ  I vô số nghiệm suy ra 1 2d d  

 Hệ  I có nghiệm duy nhất suy ra 1d và 2d cắt nhau và nghiệm của hệ là tọa độ giao điểm. 

Đặc biệt: Với trường hợp 2 2 2. . 0a b c   khi đó: 

 Nếu 1 1

2 2

a b

a b
  thì hai đường thẳng cắt nhau. 

 Nếu 1 1 1

2 2 2

a b c

a b c
   thì hai đường thẳng song song nhau. 

 Nếu 1 1 1

2 2 2

a b c

a b c
   thì hai đường thẳng trùng nhau.  
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2. Bài tập minh họa.  

Bài tập 1. Xét vị trí tương đối các cặp đường thẳng sau 
 a). 1 2: 2 0;    : 2 3 0x y x y         

  b). 1 2: 2 5 0;     : 2 4 10 0x y x y          

 c). 1 2: 2 3 5 0;     : 5 0x y x        

 d). 1 2: 2 3 4 0;     : 4 6 0x y x y         

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Bài tập 2. Cho hai đường thẳng:     2

1 2: 1 2 1 0; : 1 0m x y m x m y m             

 a). Tìm tọa độ giao điểm của 1  và 2.   

 b). Tìm điều kiện của m  để giao điểm đó nằm trên trục .Oy   

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 3. Cho hai đường thẳng   2

1 : 3 2 1 0m x y m       và  
2

2 : 1 0x my m      . 

 a). Xác định vị trí tương đối và xác định giao điểm (nếu có) của 1  và 2  trong các trường  

  hợp 0, 1.m m    

 b). Tìm m  để hai đường thẳng song song với nhau. 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 4. Cho tam giác ABC  có phương trình các đường thẳng , ,AB BC CA  là  

: 2 2 0 ; : 3 2 1 0 ; : 3 3 0AB x y BC x y CA x y         . 

Xác định vị trí tương đối của đường cao kẻ từ đỉnh A  và đường thẳng : 3 2 0x y     

Lời giải  
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

Bài tập 5. Cho đường thẳng 1 2: 2 2 0; : 3 0d x y d x y       và điểm  3;0M  . Viết phương 

trình đường thẳng   đi qua ,M  cắt 1d  và 2d  lần lượt tại điểm A  và B  sao cho M  là trung 

điểm của đoạn thẳng AB   
Lời giải 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................    

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   

 ..........................................................................................................................................................................................................    

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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3. Câu hỏi trắc nghiệm.  

Câu 1. Xét vị trí tương đối của hai đường thẳng 1 : 2 1 0d x y    và 2 : 3 6 10 0d x y    . 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau.  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 2. Xét vị trí tương đối của hai đường thẳng 1 : 3 2 6 0d x y    và 2 : 6 2 8 0d x y   . 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau.  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 3. Xét vị trí tương đối của hai đường thẳng 
1 : 1

3 4

x y
d    và 2 : 3 4 10 0d x y   . 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau.  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 4. Xét vị trí tương đối của hai đường thẳng 
1

1
:

2 2

x t
d

y t

  


  
 và 

2

2 2
:

8 4

x t
d

y t

 


  
. 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau.  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 5. Xét vị trí tương đối của hai đường thẳng 1

3 4
:

2 6

x t
d

y t

  


 
 và 2

2 2
:

8 4

x t
d

y t

 


  
. 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau. 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 6. Xác định vị trí tương đối của hai đường thẳng 1 : 7 2 1 0x y     và 
2

4
: .

1 5

x t

y t

 
 

 
 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau. 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 7. Xét vị trí tương đối của hai đường thẳng 1

4 2
:

1 3

x t
d

y t

 


 
 và 2 : 3 2 14 0d x y   . 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau. 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 8. Xác định vị trí tương đối của hai đường thẳng 1

3
3

2
:

4
1

3

x t

y t


 

 
   


 và 2

9
9

2
:

1
8

3

x t

y t


 

 
  


. 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau. 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 9. Xét vị trí tương đối của hai đường thẳng 1

4 2
:

1 5

x t
d

y t

 


 
 và 2 : 5 2 14 0d x y   . 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau. 

Lời giải. 
 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................      .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 10. Xét vị trí tương đối của hai đường thẳng 
1

2 3
:

2

x t
d

y t

 


 
 và 

2

2
:

2 3

x t
d

y t




  
. 

 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau.  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 11. Cho hai đường thẳng 
1

2
:

2

3

x t

y t
d

 


  
 và 

1

1

2 :
5

7 3
d

x t

y t

 


  
.  

 Khẳng định nào sau đây là đúng: 

 A. 1d  song song 2d .   B. 1d  và 2d  cắt nhau tại  1;–3M . 

 C. 1d  trùng với 2 d .   D. 1d  và 2d  cắt nhau tại  3;–1M . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 12. Cho hai đường thẳng 
1

1
:

5 3y
d

x t

t

 


 
 và 2 :  – 2 1 0d x y   .  

 Khẳng định nào sau đây là đúng: 
 A. 1d  song song 2d .   B. 2d  song song với trục Ox . 

 C. 2d  cắt trục Oy  tại 
1

0;
2

M
 
 
 

.   D. 1d  và 2d  cắt nhau tại 
1 3

;
8 8

M
 
 
 

. 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 13. Cho bốn điểm  4; 3A  ,  5;1B ,  2;3C  và  2; 2D  . Xác định vị trí tương đối của hai 

đường thẳng AB  và CD . 
 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau.  

Lời giải. 
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 14. Cho bốn điểm  1;2A ,  4;0B ,  1; 3C   và  7; 7D  . Xác định vị trí tương đối của hai 

đường thẳng AB  và CD . 
 A. Trùng nhau.   B. Song song. 
 C. Vuông góc với nhau.    D. Cắt nhau nhưng không vuông góc nhau.  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 15. Các cặp đường thẳng nào sau đây vuông góc với nhau? 

 A. 
1 :

1 2

x t
d

y t




  
 và 2 2 – 1 0.: x yd    B. 1 : 2 0d x    và 

2 .:
0

x t
d

y





 

 C. 1 0: 2 3d x y    và 2 .: 2 1 0x yd     D. 1 : 2 3 0d x y    và 2 2 1 0.: 4d x y    

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 16. Đường thẳng nào sau đây song song với đường thẳng 2 3 1 0x y   ? 

 A. 2 3 1 0x y   . B. 2 5 0x y   . C. 2 3 3 0x y   . D. 4 6 2 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 17. Đường thẳng nào sau đây không có điểm chung với đường thẳng 3 4 0x y   ? 

 A. 
1

.
2 3

x t

y t

 


 
 B. 

1
.

2 3

x t

y t

 


 
 C. 

1 3
.

2

x t

y t

 


 
 D. 

1 3
.

2

x t

y t

 


   
Lời giải. 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 18. Đường thẳng nào sau đây vuông góc với đường thẳng 4 3 1 0x y   ? 

 A. 
4

.
3 3

x t

y t




  
 B. 

4
.

3 3

x t

y t




  
 C. 

4
.

3 3

x t

y t

 


  
 D. 

8
.

3

x t

y t




    
Lời giải. 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 19. Đường thẳng nào sau đây có vô số điểm chung với đường thẳng 
1

x t

y




 
? 

 A. 
0

.
1 2018

x

y t




    

B. 
1

.
0

x t

y

  



 C. 

1 2018
.

1

x t

y

  


 
 D. 

1
.

1

x

y t




  
 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 20. Đường thẳng nào sau đây có đúng một điểm chung với đường thẳng 
2 3

5 7

x t

y t

  


 
? 

 A. 7 3 1 0.x y      B. 7 3 1 0.x y     

 C. 3 7 2018 0.x y      D. 7 3 2018 0.x y    
Lời giải. 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 21. Với giá trị nào của tham số m  thì hai đường thẳng 1 : 3 4 10 0d x y    và đường thẳng 

  2

2 : 2 1 10 0d m x m y     trùng nhau? 

 A. 2m  . B. 1m   . C. 2m  . D. 2m   . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     



 Trung Tâm Luyện Thi Đại Học Amsterdam                             Chương III-Bài 2. Khoảng Cách và Góc 

49 Lớp Toán Thầy-Diệp Tuân                                                                                                 Tel: 0935.660.880  

 

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 22. Trong mặt phẳng với hệ tọa độ Oxy , cho hai đường thẳng có phương trình lần lượt là 

 1 : 1 2 0d mx m y m     và 2 : 2 1 0d x y   . Nếu 1d  song song 2d  thì: 

 A. 2.m    B. 1.m     C. 2.m     D. 1.m   

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 23. Tìm m  để hai đường thẳng 1 : 2 3 4 0d x y    và 
2

2 3
:

1 4

x t
d

y mt

 


 
 cắt nhau. 

 A. 
1

.
2

m    B. 2.m   C. 
1

.
2

m   D. 
1

.
2

m 
 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 24. Với giá trị nào của a  thì hai đường thẳng 1 : 2 – 4 1 0d x y    và 
 2

1
:

3 1

x at
d

y a t

  


    
vuông góc với nhau? 
 A. 2.a    B. 2.a   C. 1.a    D. 1a  . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 25. Với giá trị nào của m  thì hai đường thẳng 1

2 2
:

3

x t
d

y t

  


 
 và 

 2

2
:

6 1 2

x mt
d

y m t

 


   
  

trùng nhau? 

 A. 
1

2
m  .  B. 2m   .  C. 2m  .  D. 2m   . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 26. Tìm tất cả các giá trị của m  để hai đường thẳng 
1

2 2
:

1

x t
d

y mt

 


 
 và 2 : 4 3 0d x y m    

trùng nhau. 

 A. 3m   . B. 1m  . C. 
4

3
m  . D. m . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 27. Với giá trị nào của m  thì hai đường thẳng 1 : 2 4 0d x y m     và đường thẳng  

  2 : 3 2 1 0d m x y m      song song? 

 A. 1.m    B. 1.m     C. 2.m    D. 3.m    

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 28. Tìm tất cả các giá trị của m  để hai đường thẳng 1 : 2 3 10 0x my     và đường thẳng 

2 : 4 1 0mx y     cắt nhau. 

 A. 1 10m  . B. 1m  . C. Không có m . D. Với mọi m . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 29. Với giá trị nào của tham số m  thì hai đường thẳng 1 : 19 0mx y   
 và đường thẳng 

   2 : 1 1 20 0m x m y       vuông góc? 

 A. Với mọi m . B. 2m  . C. Không có m . D. 1m   . 

Lời giải. 
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 30. Giá trị nào của m  thì đường thẳng 1 : 3 2 6 0d mx y    và  2

2 : 2 2 6 0d m x my     cắt 

nhau? 
 A. 1m   . B. 1m  . C. m . D. 1  và 1m m   . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 31. Với giá trị nào của m  thì hai đường thẳng 1 : 2 3 10 0d x y    và 
2

2 3
:

1 4

x t
d

y mt

 


 
  

vuông góc? 

 A. 
1

2
m  . B. 

9

8
m  . C. 

9

8
m   . D. 

5

4
m   . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 32. Với giá trị nào của m  thì hai đường thẳng 1 : 4 3 3 0d x y m    và 2

1 2
:

4

x t
d

y mt

 


 
 trùng  

nhau? 

 A. 
8

3
m   . B. 

8

3
m  . C. 

4

3
m   . D. 

4

3
m  . 

Lời giải. 
 ..........................................................................................................................................................................................................  
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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Câu 33. Với giá trị nào của tham số m  thì  đường thẳng 1 : 3 2 6 0d mx y    và đường thẳng 

  2

2 : 2 2 3 0d m x my     song song? 

 A. 1; 1.m m    B. m . C. 2m  . D. 1m   . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 34. Với giá trị nào của m  thì hai đường thẳng 
 

1

8 1
:

10

x m t
d

y t

  


 
 và 2 : 2 14 0d mx y    

song song? 

 A. 
1

2

m

m




 
. B. 1m  . C. 2m   . D. m . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 35. Với giá trị nào của tham số m  thì hai đường thẳng   2

1 : 3 2 1 0d m x y m      và  
2

2 : 2 1 0d x my m m       cắt nhau? 

 A. 1m  .  B. 
1

2

m

m





.  C. 2m  .  D. 

1

2

m

m





. 

Lời giải. 
 ..........................................................................................................................................................................................................  
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 .........................................................................................................................................................................................................     

Câu 36. Với giá trị nào của m  thì hai đường thẳng 
 1 2

2
:

1 1

x m t

y m t

 
 

  

 và 2

1
:

x mt

y m t

 
 

   

trùng nhau? 

 A. Không có m . B. 
4

3
m  . C. 1m  . D. 3m   . 

Lời giải. 
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 .........................................................................................................................................................................................................     

Câu 37. Tìm tọa độ giao điểm của đường thẳng : 5 2 10 0x y     và trục hoành. 

 A.  0;2 .  B.  0;5 .  C.  2;0 .  D.  2;0 .  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 38. Tìm tọa độ giao điểm của đường thẳng 
2

:
5 15

x t
d

y t




  
 và trục tung. 

 A. 
2

;0
3

 
 
 

. B.  0; 5 . C.  0;5 . D.  5;0 . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 39. Tìm tọa độ giao điểm của hai đường thẳng 7 3 16 0x y    và 10 0x   . 

 A.  10; 18  . B.  10;18 . C.  10;18 . D.  10; 18 . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 40. Tìm toạ độ giao điểm của hai đường thẳng 1

3 4
:

2 5

x t
d

y t

  


 
 và 2

1 4
: .

7 5

x t
d

y t

 


 
 

 A.  1;7 .   B.  3;2 .   C.  2; 3 .   D.  5;1 .   

Lời giải. 
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 41. Cho hai đường thẳng 1  : 2 3 19 0d x y    và 
2

22 2
  :

55 5

x t
d

y t

 


 
. Tìm toạ độ giao điểm của 

hai đường thẳng đã cho. 

 A.  2;5 .   B.  10;25 .   C.  1;7 .   D.  5;2 .   

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 42. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm    –2;0 ,  1;4A B  và đường thẳng 

:
2

x t
d

y t

 


 
. Tìm tọa độ giao điểm của đường thẳng AB  và d . 

 A.  2;0 . B.  –2;0 . C.  0;2 . D.  0;– 2 . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 43. Xác định a  để hai đường thẳng 1 : 3 – 4 0d ax y   và 2

1
:

3 3

x t
d

y t

  


 
 cắt nhau tại một 

điểm nằm trên trục hoành. 
 A. 1.a   B. 1.a    C. 2.a   D. 2.a    

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 44. Tìm tất cả các giá trị của tham số m  để hai đường thẳng 2

1 : 4 3 – 0d x my m   và 

2

2
:

6 2

x t
d

y t

 


 
 cắt nhau tại một điểm thuộc trục tung. 

 A. 0m   hoặc 6m   .   B. 0m   hoặc 2m  . 
 C. 0m   hoặc 2m   .   D. 0m   hoặc 6m  . 
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Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 45. Cho ba đường thẳng 1 : 3 – 2 5 0d x y   , 2 : 2 4 – 7 0d x y  , 3 : 3 4 –1 0d x y  .  

Phương trình đường thẳng d  đi qua giao điểm của 1d  và 2d , và song song với 3d  là: 

 A. 24 32 – 53 0x y  . B. 24 32 53 0x y   . C. 24 – 32 53 0x y   .D. 24 – 32 – 53 0x y  . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 46. Lập phương trình đường thẳng   đi qua giao điểm của hai đường thẳng 1 : 3 1 0d x y   , 

2 : 3 5 0d x y    và vuông góc với đường thẳng 3 : 2 7 0d x y   . 

 A. 3 6 5 0x y   . B. 6 12 5 0x y   . C. 6 12 10 0x y   . D. 2 10 0x y    

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 47. Trong mặt phẳng với hệ trục tọa độ Oxy , cho ba đường thẳng lần lượt có phương trình  

1 : 3 4 15 0d x y   , 2 : 5 2 1 0d x y    và  3 : 2 1 9 13 0d mx m y m     . Tìm tất cả các giá trị 

của tham số m  để ba đường thẳng đã cho cùng đi qua một điểm. 

 A. 
1

.
5

m   B. 5.m    C. 
1

.
5

m    D. 5.m    

Lời giải. 
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 48. Nếu ba đường thẳng 1 :  2 – 4 0d x y  , 2 : 5 – 2 3 0d x y    và 3 : 3 – 2 0d mx y   đồng 

quy thì m  nhận giá trị nào sau đây? 

 A. 
12

.
5

  B. 
12

.
5

   C. 12.   D. 12.   

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 49. Với giá trị nào của tham số m  thì ba đường thẳng 1 : 3 – 4 15 0d x y   , 2 : 5 2 – 1 0d x y   và 

 3 : – 4 15 0d mx y    đồng quy? 

  A. 5m   . B. 5m  . C. 3m  . D. 3m   . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 50. Với giá trị nào của tham số m  thì ba đường thẳng 1 : 2 –1 0d x y  , 2 : 2 1 0d x y    và  

3 : – – 7 0d mx y   đồng quy? 

 A. 6m   . B. 6m  .  C. 5m   .  D. 5m  .  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 51. Điểm nào sau đây thuộc đường thẳng 
1 2

: ?
3

x t
d

y t

 


 
 

 A.  2;–1M . B.  –7;0N . C.  3;5P . D.  3;  2Q . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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Câu 52. Điểm nào sau đây không thuộc đường thẳng 
1 2

?
3 5

x t

y t

  


 
 

 A.  1;3M  . B.  1; 2N  . C.  3;1P . D.  3;8Q  . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

DẠNG 2. Tìm tọa độ hình chiếu của điểm A , điểm đối xứng A , phương trình đối xứng của đường 
thẳng   qua điểm I và qua đường thẳng d . 

1. Phương pháp.  

 Tìm tọa độ hình chiếu H của điểm A  xuống đường thẳng : 0;ax by c     

                              
Ta tiến hành các bước sau:  
  Bước 1: lập phương trình đường thẳng '  qua A  vuông góc với  .  

     Khi đó '/ / n  nên '  nhận  ;n a b làm véc tơ chỉ phương hay  ;n u a b   và đi  

     qua  ;A AA x y  có phương trình tham số : , .
A

A

x x at
t

y y bt

 
 

 
 

  Bước 2: Hình chiếu H  là giao điểm của   và   : : , .

0

A

A

x x at

y y bt t

ax by c

 


  
   

 

                                                         
 Cách khác:  
 Bước 1: Điểm H  thuộc   có tọa độ theo tham số t  (hoặc ,x  hoặc y ). 

 Bước 1: Cho điều kiện . 0AH d AH u    để tìm .t  
 Tìm tọa độ A  đối xứng với điểm A  xuống đường thẳng : 0;ax by c     

                                                                 
 Bước 1: Tìm hình chiếu H  của điểm A  xuống đường thẳng : 0;ax by c     

 Bước 2:  Điểm đối xứng 'A  của A  qua đường thẳng  H  trung điểm để suy ra 'AA  nên áp  

   dùng công thức trung điểm 
22

.
2

2

A A
H

A H A

A A A H A
H

x x
x

x x x

y y y y y
y





 


  

 
   



 

2. Bài tập minh họa.  

' n ( a;b )

ax + by + c=0

 ( xA;yA )

H

A

 ( xA;yA )

ax + by + c=0

 ( a;b )n'

A'

H

A
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Bài tập 6. Cho đường thẳng : 4 3 5 0.x y     Tìm tọa độ hình chiếu của điểm  1;2M  lên 

đường thẳng   

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 7. Cho đường thẳng : 2 4 0d x y    và điểm  4;1A   

 a). Tìm tọa độ hình chiếu vuông góc của A  lên d . 
 b). Tìm tọa độ điểm 'A  đối xứng với A  qua d . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 8. Cho điểm  1;2A  và : 7 0d x y    . Tìm tọa độ điểm A  đối xứng với A  qua d  . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................      .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 9. Tìm tọa độ trực tâm H  của tam giác ABC  và xác định tọa độ điểm K  đối xứng với 
H qua BC : 

 a).  0; 3A ;  3;0B ;  1; 1C   .  b).  2; 1A  ;  2; 3B  ;  5; 0C . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 Tìm đường thẳng  đối xứng với đường thẳng : 0ax by c     qua điểm .I  

1. Phương pháp.  

Ta tiến hành các bước sau 

Bước 1: '  đối xứng với   qua I nên  '/ / ; .n n a b      

Bước 2: Chọn M  . Tìm M   với M  đối xứng với điểm M  
qua  điểm I   I là trung điểm của đoạn MM   

Bước 3: Vậy đường thẳng ' có véc tơ pháp tuyến  ;n n a b  

và đi qua điểm M   có dạng:     0.M Ma x x b y y       
 

'

n ( a;b )

ax + by + c=0

M'

I

M
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2. Bài tập minh họa.  

 Bài tập 10. Cho đường thẳng : 2 1 0x y     và điểm  1;2I  .  

Tìm phương trình đường thẳng '  đối xứng với   qua điểm I   

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 11. Cho điểm  1;3M  và đường thẳng : 2 1 0d x y   .  

Lập phương trình đường thẳng d   đối xứng với d  qua điểm M . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 Tìm đường thẳng  đối xứng với đường thẳng : 0ax by c     qua đường thẳng .d  

1. Phương pháp.  

 Cho đường thẳng : 0ax by c     và : 0d a x b y c      

Khi đó ta xét hai trường hợp sau 

Trường hợp 1:   song song với d  tức là 
a b c

a b c
 
  

. Khi đó  

Bước 1: '  đối xứng với   qua d nên / / / /d                  

                                                                      ; .n n a b     

Bước 2: Chọn M  . Tìm M   với M  đối xứng với điểm M  
qua đường thẳng d  H  là trung điểm của đoạn MM                         

                                
22

.
2

2

M M
H

M H M

M M M H M
H

x x
x

x x x

y y y y y
y





 


  

 
   



 

 
 
 

 

Bước 3: Vậy đường thẳng ' có véc tơ pháp tuyến  ;n n a b    và đi qua điểm M   có dạng:  

                                                              0.M Ma x x b y y      

d

ax + by + c=0

 ( a;b )n

'

M'

H

M
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2. Bài tập minh họa.  

Bài tập 12. Lập phương trình đường thẳng d    đối xứng với đường thẳng  d   qua đường 

thẳng    với:    : 2 3 1 0; : 2 3 1 0d x y x y       . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 Bài tập 13. Lập phương trình đường thẳng  1d  đối xứng với đường thẳng  d  qua đường thẳng 

   biết:    : 2 1 0; : 2 3 0d x y x y        . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 

Trường hợp 2:   cắt  d  tại N tức là 
a b c

a b c
 
  

. Khi đó  

Bước 1:   cắt d  tại N nên tọa độ điểm N  là nghiệm của hệ 

Phương trình:      
0

0

ax by c

a x b y c

  

    

          

Bước 2: Chọn M  . Tìm M   với M  đối xứng với điểm 
M  qua đường thẳng d  H  là trung điểm của đoạn MM                         

                                
22

.
2

2

M M
H

M H M

M M M H M
H

x x
x

x x x

y y y y y
y





 


  

 
   



 

Bước 3: Vậy đường thẳng ' đi qua điểm hai điểm  ,M M   có 

véc tơ chỉ phương MM  ,  

 
 
 
 

 

H

nd ( a';b' )'

d

M'

N

M
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2. Bài tập minh họa.  

Bài tập 14. Cho hai đường thẳng 1 : 1 0d x y    và 2 : 3 3 0d x y    . Hãy lập phương trình 

của đường thẳng 3d  đối xứng với 1d  qua 2d . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 15. Lập phương trình đường thẳng  1d  đối xứng với đường thẳng  d  qua đường 

thẳng    biết:    : 2 3 0; : 0d x y x y       . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 16. Cho hai đường thẳng : 2 6 0x y     và 
1

' :
x t

y t

  
 


. 

 a). Xác định tọa độ điểm đối xứng với điểm  1;0A   qua đường thẳng .  

 b). Viết phương trình đường thẳng đối xứng với '  qua .   

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................      .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

3. Câu hỏi trắc nghiệm.  

Câu 53. Trong mặt phẳng tọa độ Oxy  cho hai điểm  4;1M ,  1;2N  ,  ;M x y  là điểm đối 

xứng với M  qua N . Khi đó x y  có giá trị là 

 A. 3 . B. 3 .   C. 9 . D. 9 . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 54. Cho đường thẳng : 2 3 0d x y   . 

Tìm tọa độ hình chiếu vuông góc H  của điểm  0;1M  trên đường thẳng. 

 A.  1;2H  . B.  5;1H . C.  3;0H . D.  1; 1H  . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     



Trung Tâm Luyện Thi Đại Học Amsterdam                              Chương III-Bài 2. Khoảng Cách và Góc 

64 Lớp Toán Thầy-Diệp Tuân                                                                                                 Tel: 0935.660.880  

 

Câu 55. Cho điểm  1;2M  và : 2 5 0d x y   . Tọa độ của điểm đối xứng với điểm M  qua d  là  

 A. 
9 12

;
5 5

 
 
 

. B.  2;6 . C. 
3

0;
2

 
 
 

. D.  3; 5 . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 56. Cho đường thẳng : 3 3 0d x y     và điểm  2;4N  . Tọa độ hình chiếu vuông góc của 

N  trên d  là  

 A.  3; 6  .  B. 
1 11

;
3 3

 
 
 

.  C. 
2 21

;
5 5

 
 
 

. D. 
1 33

;
10 10

 
 
 

. 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 57. Trong mặt phẳng tọa độ Oxy , hình chiếu vuông góc của điểm  2;1A  trên đường thẳng 

:2 7 0  d x y  có tọa độ là 

 A. 
14 7

;
5 5

 
  
 

. B. 
5 3

;
2 2

 
 
 

. C.  3;1 . D. 
14 7

;
5 5

 
 
 

. 

Lời giải 
 ..........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................      .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 58. Cho đường thẳng : 2 3 0d x y   .  

Tìm tọa độ hình chiếu vuông góc H  của điểm  0;1M  trên đường thẳng. 

 A.  1;2H  . B.  5;1H . C.  3;0H . D.  1; 1H  . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 59. Cho đường thẳng : 2 – 3 3 0 d x y    và  8;  2M . Tọa độ của điểm M   đối xứng với M  

qua d  là: 
 A. ( 4 );8 . B. ( 84; )  . C. (4;8)  . D. (4; )8  . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  
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 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 60. Cho hai đường thẳng 1 : 2 1 0d x y   , 2 : 3 3 0d x y   .  

Phương trình đường thẳng d  đối xứng với 1d  qua 2d là: 

 A. 2 2 0.x y     B. 2 2 0.x y     C. 2 2 0.x y     D. 7 1 0.x y     

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 61. Trong mặt phẳng tọa độ Oxy , cho ba điểm  1;0A ,  0;5B  và  3; 5C   .  

Tìm tọa độ điểm M  thuộc trục Oy  sao cho 3 2 4MA MB MC   đạt giá trị nhỏ nhất? 

 A.  0;5M . B.  0;6M . C.  0; 6M  . D.  0; 5M  . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 62. Trong mặt phẳng hệ tọa độ Oxy  cho đường thẳng : 2 5 0x y     và các điểm  1;2A , 

 2;3B  ,  2;1C  . Viết phương trình đường thẳng d , biết đường thẳng d  đi qua gốc tọa độ và 

cắt đường thẳng   tại điểm M  sao cho: MA MB MC   nhỏ nhất. 

 A. 0x y  . B. 3 0x y  . C. 2 3 0x y  . D. 2 0x y  . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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DẠNG 3. Tính khoảng cách, góc của hai đường thẳng. 

1. Phương pháp.  

Để xác định khoảng cách, góc của hai đường thẳng ta áp dụng các công thức sau:  

 Khoảng cách của hai điểm phân biệt  ;A AA x y  và  ;B BB x y  được tính theo công thức: 

                                                   
   

2 2

B A B AAB x x y y     

 Khoảng cách từ một điểm  0 0;M x y  tới đường thẳng 

    : 0Ax By C     2 2 0A B   

                                      

  0 0

2 2
,

Ax By C
d M

A B

 
 


 

 

 Vị trí của hai điểm đối với đường thẳng.  

Cho đường thẳng : 0Ax By C     và  ;M MM x y  ,  ;N NN x y  . Khi đó 

 ,  M N  cùng phía với đường thẳng   khi và chỉ khi  

                     0M M N NAx By C Ax By C     . 

  

 ,  M N  khác phía với đường thẳng   khi và chỉ khi  

                 0M M N NAx By B Ax By C     . 

 

 

 Góc giữa đường thẳng 1 1 1 1: 0A x B y C     và 2 2 2 2: 0A x B y C     được xác định bởi  

      công thức 

                             

  1 2 1 2

1 2
2 2 2 2

1 1 2 2

cos ;
A A B B

A B A B


  

 
 

 

 Phương trình đường phân giác của góc tạo bởi hai đường thẳng 1 1 1 1: 0a x b y c     và 

 2 2 2 2: 0a x b y c     có phương trình  1 1 1 2 2 2

2 2 2 2

1 1 2 2

a x b y c a x b y c

a b a b

   
 

 
. 

2. Câu hỏi trắc nghiệm.  

Câu 63. Với giá trị nào của a  thì hai đường thẳng 1 : 2 – 4 1 0d x y    và 
 2

1
:

3 1

x at
d

y a t

  


    
vuông góc với nhau? 
 A. 2.a    B. 2.a   C. 1.a    D. 1a  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 64. Tính góc tạo bởi giữa hai đường thẳng 1 : 2 10 0d x y    và 2 : 3 9 0.d x y    

 A. o30 .   B. o45 .   C. o60 .  D. o135 .  

 ( xo;y0 )

Ax + By + C=0

H

M

M

N

Ax + By C+ =0

M

N

Ax + By C+ =0

α

180° - α

1

2

n2 A2;B2 

A1;B1 n1
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     Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 65. Tính góc tạo bởi giữa hai đường thẳng 1 : 7 3 6 0d x y    và 2 : 2 5 4 0.d x y    

 A. 
4


. B. 

3


.  C. 

2

3


. D. 

3

4


. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 66. Tính góc tạo bởi giữa hai đường thẳng 
1 : 2 2 3 5 0d x y    và 2 : 6 0.d y     

 A. o30 .   B. o45 .   C. o60 .  D. o90 .  
Lời giải. 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 67. Tính góc tạo bởi giữa hai đường thẳng 1 : 3 0d x y   và 2 .10 0: xd     

 A. o30 .   B. o45 .   C. o60 .  D. o90 .  
Lời giải. 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 68. Tính góc tạo bởi giữa hai đường thẳng 1 : 6 5 15 0d x y    và 2

10 6
: .

1 5

x t
d

y t

 


 
 

 A. o30 .   B. o45 .   C. o60 .  D. o90 .  
Lời giải. 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 69. Cho đường thẳng 1 : 2 7 0d x y    và 2 : 2 4 9 0d x y   . 

Tính cosin của góc tạo bởi giữa hai đường thẳng đã cho. 

 A. 
3

5
 . B. 

2

5
.  C. 

3

5
. D. 

3

5
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 70.  Cho đường thẳng 1 2 2 0: x yd     và 2 0:d x y  .  

Tính cosin của góc tạo bởi giữa hai đường thẳng đã cho. 

 A. 
10

10
. B. 

2

3
.  C. 

3

3
. D. 3 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 71. Cho đường thẳng 1 0:10 5 1d x y    và 2

2
:

1

x t
d

y t

 


 
.  

Tính cosin của góc tạo bởi giữa hai đường thẳng đã cho. 

 A. 
3 10

10
. B. 

3

5
.  C. 

10

10
. D. 

3

10
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 72. Cho đường thẳng 1 : 3 4 1 0d x y    và 2

15 12
:

1 5

x t
d

y t

 


 
.  

Tính cosin của góc tạo bởi giữa hai đường thẳng đã cho. 

 A. 
56

65
. B. 

33

65
 .  C. 

6

65
. D. 

33

65
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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Câu 73. Cho đường thẳng 2

1 : 2 3 1 0d x y m     và 2 4

2 1
:

1 3

x m t
d

y m t

  


  
.  

Tính cosin của góc tạo bởi giữa hai đường thẳng đã cho. 

 A. 
3

.
130

  B. 
2

.
5 5

  C. 
3

.
5

  D. 
1

.
2


 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 74. Cho hai đường thẳng 1 4 12 0: 3x yd     và 
2

2
:

1 2y
d

x at

t

 


 
.  

Tìm các giá trị của tham số a  để 1d  và 2d  hợp với nhau một góc bằng 045 .  

 A. 
2

7
a   hoặc 14.a      B. 

7

2
a   hoặc A, B  

 C. 5a   hoặc 14.a      D. 
2

7
a   hoặc 5.a   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 75. Đường thẳng   đi qua giao điểm của hai đường thẳng 1 : 2 3 0d x y    và  

2 : 2 1 0d x y    đồng thời tạo với đường thẳng 3 : 1 0d y    một góc 045  có phương trình: 

 A. (1 2) 0x y    hoặc : 1 0x y    . B. : 2 0x y    hoặc : 4 0x y   . 

 C. : 0x y    hoặc : 2 0x y    . D. : 2 1 0x    hoặc 5 0.y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 76. Trong mặt phẳng với hệ tọa độ Oxy , có bao nhiêu đường thẳng đi qua điểm  2;0A  và 

tạo với trục hoành một góc 45 ?   
 A. Có duy nhất.  B. 2 .  C. Vô số.  D. Không tồn tại. 

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 77. Đường thẳng   tạo với đường thẳng : 2 6 0d x y    một góc 045 . 

Tìm hệ số góc k  của đường thẳng  . 

 A. 
1

3
k   hoặc 3.k      B. 

1

3
k   hoặc 3.k    

 C. 
1

3
k    hoặc 3.k      D. 

1

3
k    hoặc 3.k   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 78. Biết rằng có đúng hai giá trị của tham số k  để đường thẳng :d y kx  tạo với đường  

thẳng : y x   một góc 060 . Tổng hai giá trị của k  bằng: 

 A. 8.   B. 4.    C. 1.   D. 1.   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 79. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 0ax by c     và hai điểm 

 ;m mM x y ,  ;n nN x y  không thuộc  . Chọn khẳng định đúng trong các khẳng định sau: 

 A. ,  M N  khác phía so với   khi    . 0.m m n nax by c ax by c       

 B. ,  M N  cùng phía so với   khi    . 0.m m n nax by c ax by c       

 C. ,  M N  khác phía so với   khi    . 0.m m n nax by c ax by c       

 D. ,  M N  cùng phía so với   khi    . 0.m m n nax by c ax by c       

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 80. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 3 4 5 0d x y    và hai điểm 

 1;3A ,  2;B m . Tìm tất cả các giá trị của tham số m  để A  và B  nằm cùng phía đối với d .  

 A. 0m  . B. 
1

4
m   . C. 1m   . D. 

1

4
m   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 81. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 4 7 0d x y m    và hai điểm 

 1;2A ,  3;4B  . Tìm tất cả các giá trị của tham số m  để d  và đoạn thẳng AB  có điểm chung.  

 A. 10 40m  . B. 
40

.
10

m

m





 C. 10 40m  . D. 10m  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 82. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng 
2

:
1 3

x t
d

y t

 


 
 và hai điểm  1;2A , 

 2;B m . Tìm tất cả các giá trị của tham số m  để A  và B  nằm cùng phía đối với d .  

 A. 13.m   B. 13m  . C.   13.m   D.   13m  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 83. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng 
2

:
1

x m t
d

y t

 


 
 và hai điểm 

 1;2A ,  3;4B  . Tìm m  để d  cắt đoạn thẳng AB .  

 A. 3m  . B. 3m  . C. 3m  . D. Không tồn tại m  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 84. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  1;3A ,  2;4B   và 

 1;5C  . Đường thẳng : 2 3 6 0d x y    cắt cạnh nào của tam giác đã cho? 

 A. Cạnh AC . B. Cạnh AB . C. Cạnh BC .  D. Không cạnh nào. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 85. Cặp đường thẳng nào dưới đây là phân giác của các góc hợp bởi hai đường thẳng 

1 : 2 3 0x y     và 2 : 2 3 0x y    .  

 A. 3 0x y   và 3 0x y  .  B. 3 0x y   và 3 6 0x y   .  

 C. 3 0x y   và 3 6 0x y    .  D. 3 6 0x y    và 3 6 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 86. Cặp đường thẳng nào dưới đây là phân giác của các góc hợp bởi đường thẳng 
: 0x y    và trục hoành.  

 A.  1 2 0x y   ;  1 2 0x y   .  B.  1 2 0x y   ;  1 2 0x y   . 

 C.  1 2 0x y   ;  1 2 0x y   .  D.  1 2 0x y   ;  1 2 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 87. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có 
7

;3
4

A
 
 
 

,  1;2B  và  4;3C  . 

Phương trình đường phân giác trong của góc A  là: 
 A. 4 2 13 0.x y    B. 4 8 17 0.x y    C. 4 2 1 0.x y    D. 4 8 31 0.x y    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................      .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 88. Trong mặt phẳng hệ tọa độ Oxy , cho tam giác ABC  có  1;5A ,  4; 5B    và  4; 1C  . 

Phương trình đường phân giác ngoài của góc A  là: 
 A. 5 0.y    B. 5 0.y    C. 1 0.x    D. 1 0.x    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 89. Trong mặt phẳng Oxy , cho hai đường thẳng 1 : 3 4 3 0d x y    và 2 :12 5 12 0d x y   . 

Phương trình đường phân giác góc nhọn tạo bởi hai đường thẳng 1d  và 2d   

 A. 3 11 3 0.x y    B. 11 3 11 0.x y    C. 3 11 3 0.x y    D. 11 3 11 0.x y    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 90. Trong mặt phẳng hệ tọa độ Oxy , cho điểm  0 0;M x y  và đường thẳng : 0ax by c    . 

Khoảng cách từ điểm M  đến   được tính bằng công thức: 

 A.  
0 0

2 2
, .

ax by
d M

a b


 


    B.   0 0

2 2
, .

ax by
d M

a b


 


  

 C.  
0 0

2 2
, .

ax by c
d M

a b

 
 


  D.   0 0

2 2
, .

ax by c
d M

a b

 
 

  
Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 91. Khoảng cách từ điểm  1;1M   đến đường thẳng : 3 4 3 0x y     bằng: 

 A. 
2

.
5

 B. 2 .  C. 
4

.
5

 D. 
4

25
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 92. Khoảng cách từ giao điểm của hai đường thẳng 3 4 0x y    và 2 3 1 0x y    đến 

đường thẳng : 3 4 0x y     bằng: 

 A. 2 10 . B. 
3 10

5
. C. 

10

5
. D. 2 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 93. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  ,1;2A   0;3B  và  4;0C . 

Chiều cao của tam giác kẻ từ đỉnh A  bằng: 

 A. 
1

5
. B. 3 .  C. 

1

25
. D. 

3

5
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 94. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  3; 4 ,A    1;5B  và  3;1C . 

Tính diện tích tam giác ABC . 

 A. 10.  B. 5.  C. 26.  D. 2 5.  
Lời giải. 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 95. Khoảng cách từ điểm  0;3M  đến đường thẳng  

 : cos sin 3 2 sin 0x y        bằng: 

 A. 6.   B. 6.  C. 3sin .  D. 
3

.
cos sin   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 96. Khoảng cách từ điểm  2;0M  đến đường thẳng 
1 3

:
2 4

x t

y t

 
 

 
 bằng: 

 A. 2.  B. 
2

.
5

  C. 
10

.
5

 D. 
5

.
2

 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 97. Khoảng cách nhỏ nhất từ điểm  15;1M  đến một điểm bất kì thuộc đường thẳng  

2 3
:

x t

y t

 
 


 bằng: 

 A. 10.  B. 
1

.
10  

 C. 
16

.
5

 D. 5.  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 98. Tìm tất cả các giá trị của tham số m  để khoảng cách từ điểm  1;2A   đến đường thẳng  

: 4 0mx y m      bằng 2 5 . 

 A. 2.m    B. 

2

1

2

m

m

 

 


.  C. 
1

2
m   .     D. Không tồn tại m . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 99. Tìm tất cả các giá trị của tham số m  để khoảng cách từ giao điểm của hai đường thẳng 

1 :
2

x t
d

y t




 
 và 2 : 2 0d x y m    đến gốc toạ độ bằng 2 . 

 A. 
4

.
2

m

m

 



  B. 

4
.

2

m

m

 


 
  C. 

4
.

2

m

m





  D. 

4
.

2

m

m




   
Lời giải. 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 100. Đường tròn  C  có tâm là gốc tọa độ  0;0O  và tiếp xúc với :8 6 100 0x y    . Bán 

kính R  của đường tròn  C  bằng: 

 A. 4R  .  B. 6R  . C. 8R  . D. 10R  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 101. Đường tròn  C  có tâm  2; 2I    và tiếp xúc với đường thẳng : 5 12 10 0x y    . 

Bán kính R  của đường tròn  C  bằng: 

 A. 
44

13
R  . B. 

24

13
R  . C. 44R  .  D. 

7

13
R  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 102. Với giá trị nào của m  thì đường thẳng 
2 2

: 0
2 2

x y m     tiếp xúc với đường tròn 

  2 2: 1C x y  ? 

 A. 1m  . B. 0m  . C. 2m  . D. 
2

2
m  .  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      



Trung Tâm Luyện Thi Đại Học Amsterdam                              Chương III-Bài 2. Khoảng Cách và Góc 

78 Lớp Toán Thầy-Diệp Tuân                                                                                                  Tel: 0935.660.880  

 

Câu 103. Cho đường thẳng : 21 11 10 0.d x y    Trong các điểm  21; 3M  ,  0;4N ,  19;5P   

và  1;5Q  điểm nào gần đường thẳng d  nhất? 

 A. M .  B. N . C. P . D. Q . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 104. Cho đường thẳng : 7 10 15 0.d x y    Trong các điểm  1; 3M  ,  0;4N ,  19;5P   và 

 1;5Q  điểm nào cách xa đường thẳng d  nhất? 

 A. M . B. N .  C. P . D. Q . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 105. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  2;3A  và  1;4B .  

Đường thẳng nào sau đây cách đều hai điểm A  và B ? 
 A. 2 0.x y    B. 2 0.x y   C. 2 2 10 0.x y    D. 100 0.x y    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 106. Trong mặt phẳng với hệ tọa độ Oxy , cho ba điểm  ,0;1A   12;5B  và  3;0 .C    

Đường thẳng nào sau đây cách đều ba điểm ,A  B  và C . 

 A. 3 4 0x y   . B. 10 0x y    . C. 0x y  . D. 5 1 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 107. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  ,1;1A   2;4B   và đường thẳng  

: 3 0mx y    . Tìm tất cả các giá trị của tham số m  để   cách đều hai điểm ,  A B . 

 A. 
1

.
2

m

m




 
  B. 

1
.

2

m

m

 



  C. 

1
.

1

m

m

 



  D. 

2
.

2

m

m




 
  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 108. Khoảng cách giữa hai đường thẳng 1 : 6 – 8 3 0x y    và 2 : 3 – 4 – 6 0x y   bằng: 

 A. 
1

2
. B. 

3

2
.  C. 2 . D. 

5

2
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 109. Tính khoảng cách giữa hai đường thẳng : 7 3 0d x y    và 
2

: 
2 7

x t

y t

  
 

 
. 

 A. 
3 2

2
. B. 15 .  C. 9 . D. 

9

50
. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 110. Khoảng cách giữa hai đường thẳng song song  

1 : 6 – 8 101 0d x y    và 2 : 3 – 4   0d x y  bằng: 

 A. 10,1. B. 1,01.  C. 101. D. 101 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 111. Đường thẳng   song song với đường thẳng : 3 4 1 0d x y    và cách d  một khoảng 

bằng 1 có phương trình: 
 A. 3 4 6 0x y    hoặc 3 4 4 0x y   . B. 3 4 6 0x y    hoặc 3 4 4 0x y   . 

 C. 3 4 6 0x y    hoặc 3 4 4 0x y   . D. 3 4 6 0x y    hoặc 3 4 4 0x y   . 
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Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 112. Tập hợp các điểm cách đường thẳng : 3 4 2 0x y     một khoảng bằng 2  là hai  

đường thẳng có phương trình nào sau đây? 
 A. 3 4 8 0x y    hoặc 3 4 12 0x y   . B. 3 4 8 0x y    hoặc 3 4 12 0x y   . 

 C. 3 4 8 0x y    hoặc 3 4 12 0x y   . D. 3 4 8 0x y    hoặc 3 4 12 0x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 113. Trong mặt phẳng với hệ tọa độ Oxy , cho hai đường thẳng 1 : 5 3 3 0d x y    và  

2 : 5 3 7 0d x y    song song nhau. Đường thẳng vừa song song và cách đều với 1 2,  d d  là: 

 A. 5 3 2 0.x y    B. 5 3 4 0.x y    C. 5 3 2 0.x y    D. 5 3 4 0.x y    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

DẠNG 4. Tìm tọa điểm M  thuộc đường thẳng   thỏa mãn điểu kiện cho trước. 

1. Phương pháp.  

Để xác định tọa độ điểm thuộc đường thẳng ta dựa vào nhận xét sau: 

   Điểm M  thuộc đường thẳng  
0

0

:  ,    R
x x at

t
y y bt

 
 

 
 ( hoặc 0 0:

x x y y

a b

 
  )  

   có dạng  0 0;M x at y bt  . 

   Dựa vào giả thiết vuông( tích vô hướng), tam giác cân ( độ dài bằng nhau), khoảng cách,  
   góc... suy ra .t  

2. Bài tập minh họa.  

Bài tập 17. Cho đường thẳng : 2 3 0d x y   . Tìm điểm M  trên d  sao cho  

 a). 2 5MA   với  3; 1A  . 

 b). 
2

19

MA

MB
  với  0;1A và  3; 1B  . 

 c). 2 22 3M Mx y  . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 18. Cho đường thẳng : 3 1 0d x y   . Tìm điểm M trên d  sao cho 

 a).  ; 3 2d M    với : 3 0x y    . 

 b).    1 2; ;d M d M   , với 
1 2: 2 1 0; 2 4 0x y x y         ; 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 19. Cho 2 điểm    1;0 , 2;3A B , đường thẳng 
1 2

:
3

x t
d

y t

 


  
. Tìm toạ độ điểm C trên 

d  sao cho tam giác ABC  vuông tại A . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 20. Cho 2 điểm    1;4 , N 5; 4M   , đường thẳng 
1

:
2 3

x t
d

y t

 


 
.  

Tìm toạ độ điểm A  trên d  sao cho tam giác AMN  vuông tại A . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 21. Cho đường thẳng    
1 2

: ; 3; 1 , 1; 3
1 3

x t
d B C

y t

 
  

  
. 

Tìm toạ độ điểm A  trên d sao cho , ,A B C  thẳng hàng. 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 22. Cho đường thẳng 
2 2

:
1 2

x t

y t

  
 

 
và điểm  3;1M . 

Tìm điểm B  trên   sao cho MB  ngắn nhất. 
Lời giải 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 23. Cho tam giác ABC  với      1;0 , 2;3 ,C 3; 6A B  và đường thẳng : 2 3 0d x y   . 

Tìm điểm M trên d  sao cho MA MB MC   nhỏ nhất. 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 24. Trong mặt phẳng với hệ tọa độ Oxy , cho điểm  0;2A  và đường thẳng 

: 2 2 0d x y   . Tìm trên đường thẳng d  hai điểm B , C  sao cho tam giác ABC  vuông ở B  và 

thỏa mãn 2AB BC . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 25. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  1;1A ,  4; 3B   và đường 

thẳng : 2 1 0d x y   . Tìm tọa độ điểm C  thuộc d  sao cho khoảng cách từ C  đến đường thẳng 

AB  bằng 6. 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 26. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 3 6 0d x y    và điểm 

 3;4N . Tìm tọa độ điểm M  thuộc d  sao cho tam giác OMN  ( O  là gốc tọa độ) có diện tích 

bằng 
15

2
. 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

3. Câu hỏi trắc nghiệm.  

Câu 114. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  1;1A ,  4; 3B   và đường thẳng 

: 2 1 0d x y   . Tìm điểm M  thuộc d  có tọa độ nguyên và thỏa mãn khoảng cách từ M  đến 

đường thẳng AB  bằng 6 . 

 A.  3;7 .M  B.  7;3 .M   C.  43; 27 .M     D. .
27

11
3;M
 
 
 

   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 115. Trong mặt phẳng với hệ tọa độ Oxy , cho điểm  0;1A  và đường thẳng 
2

:
2

3y
d

x t

t

 


 
. 

Tìm điểm M  thuộc d  và cách A  một khoảng bằng 5 , biết M  có hoành độ âm. 

 A.  4;4 .M   B. 

 4;4

.24 2
;

5 5

M

M




      

  C. 
24 2

; .
5 5

M
 
  
 

  D.  4;4 .M    

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 116. Biết rằng có đúng hai điểm thuộc trục hoành và cách đường thẳng : 2 5 0x y     

một khoảng bằng 2 5 . Tích hoành độ của hai điểm đó bằng: 

 A. 
75

.
4

  B. 
25

.
4

   C. 
225

.
4

  D. Đáp số khác.  

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 117. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  3; 1A   và  0;3B . 

Tìm điểm M  thuộc trục hoành sao cho khoảng cách từ M  đến đường thẳng AB  bằng 1 . 

 A. 

 
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  
 
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M
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  
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 

  
  
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 C. 

 

7
;0

2 .

1;0

M

M

  
 
 
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3
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4
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M

M

  
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Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 118. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  3;0A  và  0; 4B  . 

Tìm điểm M  thuộc trục tung sao cho diện tích tam giác MAB  bằng 6.  

 A. 
 

 

0;0
.

0; 8

M

M






  B.  0; 8 .M   C.  6;0 .M  D. 
 

 

0;0
.
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M

M



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Lời giải. 
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Câu 184. Trong mặt phẳng với hệ tọa độ Oxy , cho hai đường thẳng 1 : 3 2 6 0x y     và 

2 : 3 2 3 0x y    . Tìm điểm M  thuộc trục hoành sao cho M  cách đều hai đường thẳng đã 

cho. 

 A. 
1

0; .
2

M
 
 
 

  B. 
1

;0 .
2

M
 
 
 

 C. 
1

;0 .
2

M
 
 
 

 D.  2;0 .M
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 185. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  2;2 ,A    4; 6B   và đường thẳng 

:
1 2

x t
d

y t




 
. Tìm điểm M  thuộc d  sao cho M  cách đều hai điểm ,  .A B  

 A.  3;7 .M   B.  3; 5 .M    C.  2;5 .M  D.  2; 3M  
 

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 186. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  1;2 ,A    3;2B   và đường thẳng 

: 2 3 0d x y   . Tìm điểm C  thuộc d  sao cho tam giác ABC  cân tại .C  

 A.  2; 1 .C     B. 
3

;0 .
2

C
 
 
 

 C.  1;1 .C   D.  0;3C
 

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 187. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  1;2 ,A   0;3B  và đường thẳng 

: 2d y  . Tìm điểm C  thuộc d  sao cho tam giác ABC  cân tại .B  

 A.  1;2 .C   B.  4;2 .C  C. 
 

 

1;2
.

1;2

C

C






 D.  1;2 .C 
 

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

DẠNG 3. Lập phương trình đường thẳng   có véc tơ pháp tuyến   2 2; , 0n A B A B    và  

     thỏa mãn điểu kiện cho trước (khoảng cách hay góc). 

1. Phương pháp.  

   Bước 1. Đường thẳng  : 0Ax B Cx     có véc tơ pháp tuyến   2 2; , 0n A B A B    rồi  

     nên chỉ tìm C . 
     Bước 2. Tìm C dựa vào giả thiết khoảng cách, góc... suy ra C . 

2. Bài tập minh họa.  

 Bài tập 26. Viết phương trình đường thẳng d  song song với đường thẳng : 3 4 1 0x y    và 

cách   một khoảng bằng 1.  
Lời giải 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 Bài tập 27. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng   song song 

với đường thẳng : 2 2015 0d x y    và cắt hai trục toạ độ tại M  và N  sao cho 3 5MN  . 

Lời giải 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

DẠNG 4. Lập phương trình đường thẳng   đi qua điểm  0 0;M x y và thỏa mãn điểu kiện cho 

   trước (khoảng cách hay góc). 

1. Phương pháp.  

   Bước 1. Gọi đường thẳng   có véc tơ pháp tuyến   2 2; , 0n A B A B    và đi qua 

      0 0;M x y  có dạng      0 0 0 00 0 .A x x B y y Ax by C C Ax By            

     Bước 2. Tìm   2 2; , 0n A B A B    dựa vào giả thiết khoảng cách, góc...  

   Bước 3. Đưa về phương trình bậc hai theo ẩn  2 2 1. 0A A B B      

   Để giải phương trình  1  ta xét:  

    0B   A  
    0B  : chia hai vế phương trình  1  cho 2B  ta được: 

                             

2 1

2

. . 0

A
t

A A B

AB B
t

B

  


  

     
    



 

2. Bài tập minh họa.  

 Bài tập 28. Viết phương trình đường thẳng d  biết d  đi qua điểm  1;  1M   và cách điểm  

  3;  6A một khoảng bằng 2 . 

Lời giải 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 Bài tập 29. Cho đường thẳng : 3 2 1 0d x y    và  1;2M .  

Viết phương trình đường thẳng   đi qua M  và tạo với d  một góc 45o . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 Bài tập 30. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng   đi qua 

điểm  2;1M  và tạo với các trục tọa độ một tam giác có diện tích bằng 4 . 

Lời giải 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 Bài tập 31. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng   đi qua 

điểm  3;2M  và cắt tia Ox  tại A , cắt tia Oy  tại B  sao cho 12OA OB  . 

Lời giải 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

DẠNG 5. Các bài toán liên qua đến tam giác, tứ giác. 

1. Phương pháp.  

Để xác định tọa độ điểm của một tam giác, tứ giác ta thường làm như sau: 
 Đặt tọa độ của một điểm dựa vào tính chất sau: 

  Điểm M  thuộc đường thẳng  
0

0

:  ,    R
x x at

t
y y bt

 
 

 
 ( hoặc 0 0:

x x y y

a b

 
  )  

  có dạng  0 0;M x at y bt  . 

 Dựa vào giả thiết vuông( tích vô hướng), tam giác cân ( độ dài bằng nhau), khoảng cách,  
  góc... suy ra .t  

2. Bài tập minh họa.  

Bài tập 30. Cho tam giác ABC  biết : 1 0AB x y   , : 3 0AC x y    và trọng tâm  1;2G . 

Viết phương trình đường thẳng chứa cạnh BC. 

Lời giải 
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Bài tập 31. Biết hai cạnh của một hình bình hành có phương trình 0x y   và 3 8 0x y   , 

tọa độ một đỉnh của hình bình hành là  2;2 . Viết phương trình các cạnh còn lại của hình bình 

hành. 

Lời giải 
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Bài tập 32. Trong mặt phẳng với hệ tọa độ Oxy , cho điểm  1;2M   và hai đường thẳng 

1 : 2 1 0d x y   , 2 : 2 2 0d x y   . Viết phương trình đường thẳng   đi qua M  và cắt 1d  tại A , 

cắt 2d  tại B  sao cho 2MA MB . 

Lời giải 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 33. Cho tam giác ABC , tìm tọa độ các đỉnh của tam giác trong trường hợp sau 

 a). Biết  2;2A  và hai đường cao có phương trình 1  : 2 0d x y   2;  : 9 3 4 0 d x y   . 

 b). Biết (4; 1)A  , phương trình đường cao kẻ từ B  là :2 3 0x y   ;  

                    phương trình trung tuyến đi qua đỉnh C  là :2 3 0x y    

Lời giải 
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Bài tập 34. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có tọa độ đỉnh  1;0A  và 

hai đường thẳng chứa các đường cao kẻ từ B  và C  có phương trình lần lượt là 1 : 2 1 0d x y    

và 2 : 3 1 0d x y   . Tìm tọa độ đỉnh B  và C . 

Lời giải 
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Bài tập 35. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có phương trình cạnh 

: 9 0BC x y   , đường cao qua đỉnh B  và C  lần lượt có phương trình 1 : 2 13 0d x y   , 

2 : 7 5 49 0d x y   . Tìm tọa độ đỉnh A . 

Lời giải 
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Bài tập 36. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  1;3A  và hai đường 

trung tuyến là ' : 2 1 0BB x y   , ' : 1 0CC y   . Xác định tọa độ đỉnh B  và C . 

Lời giải 
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Bài tập 37. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  biết phương trình cạnh 

: 2 5 0BC x y   , phương trình đường trung tuyến ' : 2 0BB y    và phương trình đương 

trung tuyến ' : 2 2 0CC x y   . Tìm tọa độ các đỉnh của tam giác. 

Lời giải 
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Bài tập 38. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  1;5A ,  4; 5B    và 

 4; 1C  . Viết phương trình đường phân giác trong và phân giác ngoài của góc A . 

Lời giải 
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Bài tập 39. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  2; 4A   và hai đường 

phân giác trong của góc B  và C  có phương trình lần lượt là 1 : 2 0d x y    và 

2 : 3 6 0d x y   . Tìm tọa độ điểm B  và C . 

Lời giải 
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Bài tập 40. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  biết trung điểm của các 

cạnh AB , BC  và CA  lần lượt là  1;1M  ,  0; 3N   và  3; 1P  . Viết phương trình đường trung 

trực của đoạn BC . 

Lời giải 
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Bài tập 41. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  2;4A  ,  4;1B  và 

 2; 1C   . Tìm tọa độ trực tâm H  của tam giác. 

Lời giải 
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Bài tập 42. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có các đường trung bình 

nằm trên các đường thẳng có phương trình 1 : 2 1 0d x y   , 2 : 4 13 0d x y    và 

3 : 2 1 0d x y   . Viết phương trình cạnh AB  . 

Lời giải 
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Bài tập 43. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có hai đường trung bình 

kẻ từ trung điểm M  của AB  nằm trên các đường thẳng có phương trình là 1 : 4 7 0d x y   , 

2 : 3 2 9 0d x y    và tọa độ điểm  7;1B . Tìm tọa độ điểm C . 

Lời giải 
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Bài tập 44. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  4; 1C  , đường cao và 

trung tuyến kẻ từ đỉnh A  có phương trình lần lượt là 1 : 2 3 12 0x yd     và 2 : 2 3 0x yd   . Tìm 

tọa độ điểm B . 
Lời giải 
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Bài tập 45. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  có  2;1A , đường cao qua 

đỉnh B  và đường trung tuyến qua đỉnh C  lần lượt có phương trình 1 : 3 7 0d x y   , 

2 0: 1x yd    . Tìm tọa độ các đỉnh B  và C . 

Lời giải 
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Bài tập 46. Trong mặt phẳng với hệ tọa độ Oxy , cho ba điểm      10;5 ,  15; 5 ,  20;0A B D   là 

các đỉnh của hình thang cân ABCD  trong đó AB  song song với CD . Tìm tọa độ điểm C . 

Lời giải 
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Bài tập 47. Trong mặt phẳng với hệ tọa độ Oxy , cho hình thang cân ABCD  với AB  song song 

CD  và AB CD . Biết các đỉnh    0;2 ,  2; 2A D   , giao điểm I  của hai đường chéo AC  và BD  

nằm trên đường thẳng : 4 0d x y    sao cho 045AID  . Tìm tọa độ điểm B  và C . 

Lời giải 
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Bài tập 48. Trong mặt phẳng với hệ tọa độ Oxy , cho hình bình hành ABCD , biết hai đường 

chéo AC  và BD  lần lượt nằm trên hai đường thẳng 1 : 3 9 0d x y   , 2 : 3 3 0d x y    và 

phương trình đường thẳng : 9 0AB x y   . Tìm tọa độ điểm C . 

Lời giải 
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Bài tập 49. Trong mặt phẳng với hệ tọa độ Oxy , cho hai đường thẳng 1 : 4 0d x y   , 

2 : 2 2 0d x y    và hai điểm  7;5A ,  2;3B . Tìm điểm C  trên đường thẳng 1d  và điểm D  

trên đường thẳng 2d  sao cho tứ giác ABCD  là hình bình hành.  
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Bài tập 50. Trong mặt phẳng với hệ tọa độ Oxy , cho hình thoi ABCD  có    0;–1 ,   2;1A B  và 

tâm I  thuộc đường thẳng : –1 0d x y  . Tìm tọa độ điểm C . 
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Bài tập 51. Trong mặt phẳng với hệ tọa độ Oxy , cho hình thoi ABCD  có phương trình cạnh 

: 2 4 0AB x y   , phương trình cạnh : 2 2 0AD x y   . Điểm  2;2M  thuộc đường thẳng 

BD . Tìm tọa độ các đỉnh của hình thoi. 
Lời giải 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 52. Trong mặt phẳng với hệ tọa độ Oxy , cho hình chữ nhật ABCD  có tâm 
1

;0
2

I
 
 
 

. 

Phương trình đường thẳng  : – 2 2  0AB x y    và 2AB AD . Tìm toạ độ các đỉnh của hình chữ 

nhật, biết đỉnh A  có hoành độ âm.  
Lời giải 
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Bài tập 53. Trong mặt phẳng với hệ tọa độ Oxy , cho hình chữ nhật ABCD  có điểm  6;2I  là 

giao điểm của hai đường chéo AC  và BD . Điểm  1;5M  thuộc đường thẳng AB  và trung điểm 

E  của cạnh CD  thuộc đường thẳng : – 5 0d x y  . Viết phương trình đường thẳng AB . 
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Bài tập 54. Trong mặt phẳng với hệ tọa độ Oxy , cho hình vuông ABCD  có  1;1A  và  4;2M  

là trung điểm cạnh BC . Tìm tọa độ điểm B . 
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Bài tập 55. Trong mặt phẳng với hệ tọa độ Oxy , cho hình vuông ABCD  trong đó A  thuộc 

đường thẳng 1 : 1 0d x y    và C , D  nằm trên đường thẳng 2 : 2 3 0d x y   . Tìm tọa độ 

điểm C , biết hình vuông có diện tích bằng 5 và điểm A  có hoành độ dương. 
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DẠNG 6. Bài toán cực trị-Tìm giá tri lớn nhất, nhỏ nhất. 

1. Phương pháp.  

Ta áp dụng một số kiến thức sau: 

   Điểm M  thuộc đường thẳng  
0

0

:  ,    R
x x at

t
y y bt

 
 

 
 ( hoặc 0 0:

x x y y

a b

 
  )  

   Suy ra có dạng  0 0;M x at y bt  . 

      
22f x ax bx c a x h k k          

         hoặc    
22f x ax bx c a x h k k         

    Trong tam giác vuông cạnh huyền là cạnh lớn nhất: AB AC  

                                                            

   Định lý cosi: cho hai số 0, 0a b   ta có 2 .a b a b  . Dấu bằng xảy ra khi .a b  

   Hệ Qủa của định lý cosi: cho hai số 0, 0a b   ta có 
2

.
2

a b
a b

 
  
 

. 

                    Dấu bằng xảy ra khi .a b  

2. Bài tập minh họa.  

Bài tập 56. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 2 4 0d x y    và điểm 

 1;4A . Tìm tọa độ điểm M  thuộc d  sao cho MA  nhỏ nhất. 
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Bài tập 57. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 2 4 0d x y    và hai 

điểm  1;4A ,  9;0B . Tìm điểm M  thuộc d  sao cho 3MA MB  nhỏ nhất. 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

CB

A

đường cao cạnh huyền



        Trung Tâm Luyện Thi Đại Học Amsterdam                      Chương III-Bài 2. Khoảng Cách và Góc  

105 Lớp Toán Thầy-Diệp Tuân                                                                                                     Tel: 0935.660.880  

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 58. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 2 4 0d x y    và hai 

điểm  1;4A , 
1

8;
2

B
 
 
 

. Tìm điểm M  thuộc d  sao cho 2 25 2MA MB  nhỏ nhất. 
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Bài tập 59. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 2 2 0d x y    và hai 

điểm  3;4A ,  1;2B  . Tìm điểm M  thuộc d  sao cho 2 22MA MB  lớn nhất. 

Lời giải 
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Bài tập 60. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  1;4A  và  3;5B . Viết phương 

trình đường thẳng d  đi qua A  và cách B  một khoảng lớn nhất. 

Lời giải 
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Bài tập 61. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 2 4 0d x y    và hai 

điểm  1;4A ,  8;3B . Tìm điểm M   thuộc d  sao cho MA MB  nhỏ nhất. 

Lời giải 
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Bài tập 62. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 2 4 0d x y    và hai 

điểm  1;4A ,  8;3B . Tìm điểm M   thuộc d  sao cho tam giác ABM  có chu vi nhỏ nhất. 

Lời giải 
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Bài tập 63. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 2 4 0d x y    và hai 

điểm  1;4A ,  3;2B . Tìm điểm M  thuộc d  sao cho MA MB  lớn nhất. 
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Bài tập 64. Trong mặt phẳng với hệ tọa độ Oxy , cho điểm  2;1A . Lấy điểm B  thuộc Ox  có 

hoành độ không âm và điểm C  thuộc Oy  có tung độ không âm sao cho tam giác ABC  vuông tại 

A . Tìm tọa độ điểm B  và C  sao cho diện tích tam giác ABC  
 a). Lớn nhất.    b). Nhỏ nhất. 

Lời giải 
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Bài tập 65. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng đi qua 

 3;2M  cắt tia Ox  tại A  và tia Oy  tại B  sao cho diện tích tam giác OAB  đạt giá trị nhỏ nhất.    
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Bài tập 66. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng d  đi qua 

 4;1M  và cắt chiều dương các trục Ox , Oy  lần lượt tại A  và B  sao cho OA OB  nhỏ nhất.  
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Bài tập 67. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng d  đi qua 

 3;1M  và cắt chiều dương các trục Ox , Oy  lần lượt tại A  và B  sao cho 12 9OA OB  nhỏ nhất.  

Lời giải 
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Bài tập 68. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng d  đi qua 

 4;3M   và cắt các trục Ox , Oy  lần lượt tại A  và B  khác O  sao cho 
2 2

1 1

OA OB
  nhỏ nhất.  
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Bài tập 69. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường thẳng d  đi qua 

 2; 1M   và cắt các trục Ox , Oy  lần lượt tại A  và B  khác O  sao cho 
2 2

9 4

OA OB
  nhỏ nhất.  
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 70. Trong mặt phẳng với hệ tọa độ Oxy , cho điểm  0;2M  và hai đường thẳng  

1 : 3 2 0d x y   , 2 : 3 4 0d x y   . Gọi A  là giao điểm của 1d  và 2d . Viết phương trình đường 

thẳng d  đi qua M  và cắt hai đường thẳng 1d , 2d  lần lượt tại B , C  ( B  và C  khác A ) sao cho  

2 2

1 1

AB AC
  đạt giá trị nhỏ nhất. 

Lời giải 
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Bài tập 71. Trong mặt phẳng với hệ tọa độ Oxy , cho ba điểm  1;1A ,  3;2B  và  7;10C . Viết 

phương trình đường thẳng d  qua A  sao cho tổng khoảng cách từ B  và C  đến d  là lớn nhất. 

Lời giải 
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Bài tập 72. Trong mặt phẳng với hệ tọa độ Oxy , cho tam giác ABC  cân tại A  có phương 

trình cạnh : 2 2 0AB x y   , phương trình cạnh : 2 1 0AC x y   , điểm  1;2M  thuộc đoạn 

BC . Tìm tọa độ điểm D  sao cho .DB DC  có giá trị nhỏ nhất. 
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Bài tập 73. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm  0;1  A ,  2;–1B  và hai đường 

thẳng có phương trình    1 : –1 – 2 2 – 0d m x m y m   ,    2 : 2 – –1 3 – 5 0d m x m y m   . 

Chứng minh 1d  và 2d  luôn cắt nhau tại P . Tìm m  sao cho PA PB  lớn nhất. 

Lời giải 
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Bài tập 74. Một miếng giấy hình tam giác ABC  diện tích S  có I  là trung điểm BC  và O  là 

trung điểm của AI . Cắt miếng giấy theo một đường thẳng qua O , đường thẳng này đi qua M , 
N  lần lượt trên các cạnh AB , AC . Khi đó diện tích miếng giấy chứa điểm A  có diện tích thuộc 
đoạn. 

 A. ;
4 3

S S 
 
 

. B. ;
3 2

S S 
 
 

. C. 
3

;
8 2

S S 
 
 

. D. 
3

;
4 8

S S 
 
 

. 
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A. LÝ THUYẾT. 
I.  Phương trình đường tròn.  

     Phương trình đường tròn  C  tâm  ;I a b , bán kính R  là  

                                   2 2 2( ) ( )x a y b R    . 

Dạng khai triển của  C  là 2 2 2 2 0 x y ax by c     với   

                                                                           2 2 0R a b c    . 

  
Phương trình 2 2 2 2 0 x y ax by c     với điều kiện 2 2 0a b c   , là phương trình đường 

tròn tâm   ;I a b  bán kính 2 2R a b c   . 

Ví dụ 1. Trong các phương trình sau, phương trình nào biểu diễn đường tròn? Tìm tâm và 
bán kính nếu có. 

 a). 2 2 2 4 9 0x y x y                               1  

 b). 2 2 6 4 13 0x y x y                            2  

 c). 2 22 2 6 4 1 0x y x y                            3  

 d). 2 22 2 3 9 0x y x y                             4  
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Ví dụ 2. Cho phương trình   2 2  2 4 2 6 0x y mx m y m         1  

 a). Tìm điều kiện của m  để  1 là phương trình đường tròn. 

 b). Nếu  1 là phương trình đường tròn hãy tìm toạ độ tâm và bán kính theo .m  

Lời giải 
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II. Tương giao của đường tròn. 

1. Vị trí tương đối của điểm M  và đường tròn  .C  

 Cho đường tròn  C  tâm  ;I a b , bán kính R  và điểm  0 0;M x y .  

 Khi đó độ dài hai điểm I và M là    
2 2

0 0IM x a y b    . Ta xét  

M nằm ngoài đường tròn  .C  M thuộc đường tròn  .C  M nằm trong đường tròn  .C  

 
       

           

IM R                IM R                   IM R  

2. Vị trí tương đối của  đường thẳng   và đường tròn  .C  

 Cho đường tròn  C  tâm  ;I a b , bán kính R  và đường thẳng   2 2: 0 0.Ax By C A B      

 Khi đó khoảng cách từ tâm I đến  là 
 ; 2 2I

aA bB C
d

A B


 



. Ta xét  

  không cắt  đường tròn  .C    tiếp xúc đường tròn  .C    cắt đường tròn  C  tại , .M N  

        
           

 ;I
d R


                

 ;I
d R


                   

 ;I
d R


  

3. Vị trí tương đối của  hai đường tròn  1C  và  2C  

 Cho đường tròn  1C  tâm  1 1 1;I a b , bán kính 1.R   

 Cho đường tròn  2C  tâm  2 2 2;I a b , bán kính 2.R   

 Khi đó    
2 2

1 2 2 1 2 1I I a a b b    ta xét các trường hợp:  

R

a;b( )I

M

a;b( )

R

M

I a;b( )

R

I

M

a;b( )

R

I

H

R

a;b( )I

H

a;b( )

R

NM

I

H
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 1C  không cắt   2C và ở    

               ngoài nhau. 

        1C tiếp xúc  2C            1C cắt  2C  tại , .A B  

               

1 2 1 2I I R R                 1 2 1 2I I R R            ' ' 'R R II R R     

 

 1C  không cắt   2C và lồng   

               vào nhau. 

 1C tiếp xúc trong với  2C  

    

1 2 1 2I I R R                 
1 2 1 2I I R R   

Ví dụ 3. Cho đường thẳng : 1 0x y     và đường tròn   2 2: 4 2 4 0C x y x y      

 a). Chứng minh điểm  2;1M  nằm trong đường tròn. 

 b). Xét vị trí tương đối giữa   và  .C  
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Ví dụ 4. Trong mặt phẳng Oxy , cho hai đường tròn   2 2: 2 6 15 0C x y x y      và  

  2 2' : 6 2 3 0C x y x y     . Chứng minh rằng hai đường tròn cắt nhau tại hai điểm phân biệt 

, .A B  

Lời giải 
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I2 a2;b2 

R2R1

a1;b1 

B

A

I1 I2

a1;b1 

R1

R2

a2;b2 

I1

I2 a2;b2 
R2

R1

a1;b1 I1

I2
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Ví dụ 5. Cho đường tròn 2 2( ) : 2 4 4 0C x y x y      có tâm I  và đường thẳng  

: 2 1 2 0x my     . Tìm m  để đường thẳng   cắt đường tròn  C  tại hai điểm phân biệt 

, .A B  
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Ví dụ 6. Biện luận số giao điểm của  C  và d  trong đó 

     2 2: 3 2 0, : 4 2 0d mx y m C x y x y        . 
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Ví dụ 7. Cho hai đường tròn:   2 2: 1C x y   và    2 2: 2 1 4 5 0mC x y m x my      . 

 Xác định m  để  mC  tiếp xúc với  C . 

Lời giải 
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III. Phương trình tiếp tuyến của đường tròn. 

Cho đường tròn  C  có tâm  ;I a b  và bán kính .R  

Đường thẳng   là tiếp tuyến với  C  tại điểm  0 0 0;M x y .  

Ta có 

   0 0 0;M x y  thuộc  . 

   0 0 0;IM x a y b    là vectơ pháp tuyến của  . 

Do đó   có phương trình là 

                        0 0 0 0 .– – – – 0x a x x y b y y   
 

Ví dụ 8. Cho đường tròn  C  có phương trình 2 2 6 2 6 0x y x y      và điểm hai điểm 

   1; 1 ; 1;3A B  

 a). Chứng minh rằng điểm A  thuộc đường tròn, điểm B  nằm ngoài đường tròn.  

 b). Viết phương trình tiếp tuyến của  C  tại điểm A . 

 c). Viết phương trình tiếp tuyến của  C  kẻ từ B . 
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Nhận xét: ta sử dụng điều kiện tiếp xúc của  C  với  : 
 ; 2 2I

aA bB C
d

A B


 



 để viết phương 

trình tiếp tuyến mà chưa cho tiếp điểm  0 0 0;M x y  hoặc    0 0 0;M x y C . 

Ví dụ 9. Viết phương trình tiếp tuyến   của đường tròn   2 2: 4 4 1 0C x y x y      trong 

trường 
 a). Đường thẳng   vuông góc với đường thẳng ' : 2 3 4 0x y    . 

 b). Đường thẳng   hợp với trục hoành một góc 045 . 
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B. CÁC DẠNG TOÁN VÀ PHƯƠNG PHÁP GIẢI. 

DẠNG 1. Nhận dạng phương trình đường tròn.  

1. Phương pháp.  

Cách 1:  Đưa phương trình về dạng:    2 2: 2 2 0 C x y ax by c       1  

 Thực hiện phương pháp đồng nhất thức suy ra tâm  
2 2

; ;
2 2

a b
I I a b

  
 

  
. 

 Bán kính 2 2R a b c    

  Nếu 2 2 0a b c    thì  1 là phương trình đường tròn  C  có tâm  ;I a b  và bán kính  

  2 2R a b c   . 

  Nếu 2 2 0a b c    thì  1 là không phải là phương trình đường tròn  C .  

Cách 2: Đưa phương trình về dạng: 2 2( ) ( )x a y b P      2 . 

 Thực hiện phép biến đổi hằng đẳng thức đáng nhớ  
2 2 22A B A AB B    . 

 Bán kính R P  

  Nếu 0P   thì  2  là phương trình đường tròn có tâm  ;I a b  và bán kính R P  

  Nếu 0P   thì  2  không phải là phương trình đường tròn. 

2. Bài tập minh họa.  

Bài tập 1. Trong các phương trình sau đây, phương trình nào là phương trình của một đường 
tròn. Xác định tâm và tính bán kính của nó. 

 a). 2 2 4 2 6 0x y x y     .               b). 2 2 6 8 16 0x y x y     . 

 c). 2 2 4 5 1 0x y x y     .                 d). 2 22 2 3 2 0x y x      
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Bài tập 2. Cho phương trình : 2 2 26 2( 1) 11 2 4 0x y mx m y m m        . 

 a). Tìm điều kiện của m  để phương trình trên là phương trình đường tròn. 
 b). Tìm quỹ tích tâm đường tròn. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 3. Cho phương trình ( )mC : 2 2 2( 1) 2( 3) 2 0x y m x m y       . 

 a). Tìm m  để ( )mC  là phương trình của một đường tròn. 

 b). Tìm m  để ( )mC  là đường tròn tâm (1; 3).I   Viết phương trình đường tròn này. 

 c). Tìm m để ( )mC là đường tròn có bán kính 5 2.R  Viết phương trình đường tròn đó. 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 4.  Cho    1;0 , 2;4A B  và  4;1C . Chứng minh rằng tập hợp các điểm M  thoả mãn  
2 2 23 2MA MB MC   là một đường tròn  C . Tìm tọa độ tâm và tính bán kính của  C . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 5.  Cho phương trình đường cong ( )mC :    2 2  2 4 1 0x y m x m y m          2  

 a). Chứng minh rằng  2 là phương trình một đường tròn. 

 b). Tìm tập hợp tâm các đường tròn khi m  thay đổi. 

 c). Chứng minh rằng khi  m  thay đổi họ các đường tròn ( )mC  luôn đi qua hai điểm cố định. 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................      .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

3. Câu hỏi trắc nghiệm.  

Câu 1. Tọa độ tâm I  và bán kính R  của đường tròn      
2 2

: 1 3 16C x y     là: 

 A.  1;3 ,  4.I R   B.  1; 3 ,  4.I R   C.  1; 3 ,  16.I R   D.  1;3 ,  16.I R   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 2. Tọa độ tâm I  và bán kính R  của đường tròn    
22: 4 5C x y    là: 

 A.  0; 4 ,  5.I R   B.  0; 4 ,  5.I R    C.  0;4 ,  5.I R   D.  0;4 ,  5.I R   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 3. Tọa độ tâm I  và bán kính R  của đường tròn    
2 2: 1 8C x y    là: 

 A.  1;0 ,  8.I R   B.  1;0 ,  64.I R    C.  1;0 ,  2 2.I R   D.  1;0 ,  2 2.I R   

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 4. Tọa độ tâm I  và bán kính R  của đường tròn   2 2: 9C x y   là: 

 A.  0;0 ,  9.I R   B.  0;0 ,  81.I R    C.  1;1 ,  3.I R   D.  0;0 ,  3.I R   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 5. Đường tròn   2 2: 6 2 6 0C x y x y      có tâm I  và bán kính R  lần lượt là: 

 A.  3; 1 ,  4.I R   B.  3;1 ,  4.I R   C.  3; 1 ,  2.I R   D.  3;1 ,  2.I R   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 6. Đường tròn   2 2: 4 6 12 0C x y x y      có tâm I  và bán kính R  lần lượt là: 

 A.  2; 3 ,  5.I R   B.  2;3 ,  5.I R   C.  4;6 ,  5.I R   D.  2;3 ,  1.I R   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 7. Tọa độ tâm I  và bán kính R  của đường tròn   2 2: 4 2 3 0C x y x y      là: 

 A.  2; 1 ,  2 2.I R   B.  2;1 ,  2 2.I R    C.  2; 1 ,  8.I R   D.  2;1 ,  8.I R   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 8. Tọa độ tâm I  và bán kính R  của đường tròn   2 2: 2 2 8 4 1 0C x y x y      là: 

 A.  
21

2;1 ,  .
2

I R   B.  
22

2; 1 ,  .
2

I R    C.  4; 2 ,  21.I R   D.  4; 2 ,  19.I R   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 9. Tọa độ tâm I  và bán kính R  của đường tròn   2 2:16 16 16 8 11 0C x y x y      là: 

 A.  8;4 ,  91.I R   B.  8; 4 ,  91.I R    C.  8;4 ,  69.I R   D.
1 1

; ,  1.
2 4

I R
 
  
 

 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 10. Tọa độ tâm I  và bán kính R  của đường tròn   2 2: –10 11 0C x y x    là: 

 A.  10;0 ,  111.I R   B.  10;0 ,  89.I R    C.  5;0 ,  6.I R   D.  5;0 ,  6.I R   
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Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 11. Tọa độ tâm I  và bán kính R  của đường tròn   2 2: – 5 0C x y y   là: 

 A.  0;5 ,  5.I R   B.  0; 5 ,  5.I R    C. 
5 5

0; ,  .
2 2

I R
 

 
 

 D
5 5

0; ,  .
2 2

I R
 

  
 

 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 12. Đường tròn      
2 2

: 1 2 25C x y     có dạng khai triển là: 

 A.   2 2: 2 4 30 0.C x y x y       B.   2 2: 2 4 20 0.C x y x y       

 C.   2 2: 2 4 20 0.C x y x y       D.   2 2: 2 4 30 0.C x y x y      

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 13. Đường tròn   2 2: 12 14 4 0C x y x y      có dạng tổng quát là: 

 A.      
2 2

: 6 7 9.C x y      B.      
2 2

: 6 7 81.C x y      

 C.      
2 2

: 6 7 89.C x y      D.      
2 2

: 6 7 89.C x y     

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 14. Tâm của đường tròn   2 2: 10 1 0C x y x     cách trục Oy  một khoảng bằng: 

 A. 5 . B. 0 .  C. 10 .  D. 5 .  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 15. Cho đường tròn   2 2: 5 7 3 0C x y x y     . Tính khoảng cách từ tâm của  C  đến 

trục Ox . 
 A. 5 . B.  7 .  C. 3,5 . D. 2,5 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 16. Cho phương trình  2 2 2 2 0   1x y ax by c     .  

Điều kiện để  1  là phương trình đường tròn là: 

 A. 2 2a b c  . B. 2 2a b c  .  C. 2 2a b c  .  D. 2 2a b c  .  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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Câu 17. Trong các phương trình sau, phương trình nào là phương trình của một đường tròn?  

 A. 2 24 10 6 2 0.x y x y        B. 2 2 2 8 20 0.x y x y       

 C. 2 22 4 8 1 0.x y x y        D. 2 2 4 6 12 0.x y x y       

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 48. Trong các phương trình sau, phương trình nào là phương trình của một đường tròn?  

 A. 2 2 2 4 9  0.x y x y      B. 2 2 6 4 13 0.x y x y       

 C. 2 22 2 8 4 6 0.x y x y        D. 2 25 4 4 1 0.x y x y       

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 49. Trong các phương trình sau, phương trình nào là phương trình của một đường tròn?  

 A. 2 2 9 0x y x y     .   B. 2 2 0x y x   . 

 C. 2 2 2 1 0.x y xy       D. 2 2 2 3 1 0.x y x y      

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 50. Trong các phương trình sau, phương trình nào không phải là phương trình của đường 
tròn?  

 A. 2 2 4 0.x y x y         B. 2 2 – 100 1 0.x y y      

 C. 2 2 – 2 0.x y     D. 2 2 0.x y y     

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 51. Cho phương trình    2 2 22 2 –1 2 0  1x y mx m y m     . Tìm điều kiện của m  để  1  

là phương trình đường tròn. 

 A. 
1

2
m  .  B. 

1

2
m  .  C. 1m  .  D. 1m  . 
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Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 52. Cho phương trình    2 2 2 4 2 6 0   1x y mx m y m       . Tìm điều kiện của m  để 

 1  là phương trình đường tròn. 

 A. .m     B.    ;1 2; .m     

 C.    ;1 2; .m       D.  
1

; 2; .
3

m
 

    
 

 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 53. Cho phương trình  2 2 2 2    10 0  1x y x my     . Có bao nhiêu giá trị m  nguyên dương 

không vượt quá 10 để  1  là phương trình của đường tròn? 

 A. Không có.  B. 6 .  C. 7 .  D. 8 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 54. Cho phương trình  2 2 – 8 10 0   1x y x y m    . Tìm điều kiện của m  để  1  là phương 

trình đường tròn có bán kính bằng 7 . 
 A. 4m  .  B. 8m   . C. –8m   . D.  = – 4m  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 55. Cho phương trình    2 2 4    2 1 1 0 1x y m x y      . Với giá trị nào của m  để  1  là 

phương trình đường tròn có bán kính nhỏ nhất? 
 A. 2.m    B. 1.m     C. 1.m    D. 2.m     
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Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

DẠNG 2. Lập phương trình đường tròn.  

1. Phương pháp.  

Cách 1:  
 Tìm toạ độ tâm  ;I a b  của đường tròn  .C  

 Tìm bán kính R  của đường tròn  .C  

 Viết phương trình của  C  theo dạng 2 2 2( ) ( )x a y b R    . 

Cách 2:  

 Giả sử phương trình đường tròn  C  là: 2 2 2 2 0 x y ax by c      

                                                      (Hoặc 2 2 2 2 0 x y ax by c     ). 

 Từ điều kiện của đề bài thành lập hệ phương trình với ba ẩn là , ,a b c . 

 Giải hệ để tìm , ,a b c  từ đó tìm được phương trình đường tròn  C . 

2. Bài tập minh họa.  

Bài tập 6. Viết phương trình đường tròn  trong mỗi trường hợp sau: 

 a). Có tâm  1; 5I   và đi qua  0;0 .O  

 b). Nhận AB  làm đường kính với    1;1 , 7;5A B . 

 c). Đi qua ba điểm:      2;4 , 5;5 , 6; 2M N P   

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 7. Viết phương trình đường tròn  C  trong các trường hợp sau:  

 a).  C  có tâm  1;2I   và tiếp xúc với đường thẳng : 2 7 0.x y     

 b).  C  đi qua  2; 1A   và tiếp xúc với hai trục toạ độ Ox  và .Oy  

 c).  C  có tâm nằm trên đường thẳng : 6 10 0d x y    và tiếp xúc với hai đường thẳng có 

phương trình  1 : 3 4 5 0d x y    và 2 : 4 3 5 0d x y   . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 8. Cho hai điểm  8;0A  và  0;6B . 

 a). Viết phương trình đường tròn ngoại tiếp tam giác .OAB  
 b). Viết phương  trình đường tròn nội tiếp tam giác .OAB  

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 9. Trong mặt phẳng với hệ tọa độ Oxy , viết phương trình đường tròn  C  đi qua ba 

điểm  3; 1A   ,  1;3B   và  2;2C  . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 10. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 2 5 0d x y    và hai 

điểm    1;2 ,  4;1A B . Viết phương trình đường tròn  C  có tâm thuộc d  và đi qua hai điểm 

,  A B . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 11. Trong mặt phẳng với hệ tọa độ Oxy , cho hai đường thẳng 1 : 3 8 0d x y   ,  

2 :3 4 10 0d x y    và điểm  2;1A  . Viết phương trình đường tròn  C  có tâm thuộc 1d , đi qua 

điểm A  và tiếp xúc với 2d . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 12. Trong mặt phẳng với hệ tọa độ Oxy , cho hai điểm    –1;1  ,  3;3A B  và đường 

thẳng : 3 – 4 8 0d x y   . Viết phương trình đường tròn  C  đi qua hai điểm ,  A B  và tiếp xúc 

với d . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 13. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 2 4 0d x y   . Viết 

phương trình đường tròn  C  tiếp xúc với các trục tọa độ và có tâm ở trên đường thẳng d . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 14. Trong mặt phẳng với hệ tọa độ Oxy , cho ba đường thẳng : 6 10 0d x y   , 

1 : 3 4 5 0x y     và 2 : 4 3 5 0x y    . Viết phương trình đường tròn  C  có tâm nằm trên d  

đồng thời tiếp xúc với 1  và 2 . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 15. Trong mặt phẳng với hệ tọa độ Oxy , cho hai đường thẳng : 2 3 0d x y    và 

: 3 5 0x y    . Viết phương trình đường tròn  C  có bán kính bằng 
2 10

5
, có tâm thuộc d  và 

tiếp xúc với  . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 16. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn   2 2: 4 3 4 0C x y x    .  

Tia Oy  cắt  C  tại A . Viết phương trình đường tròn  'C , bán kính ' 2R   và tiếp xúc ngoài với 

 C  tại A .  

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 17. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn   2 2: 2 4 2 0C x y x y    

. Viết phương trình đường tròn  'C  có tâm  5;1M , biết  'C  cắt  C  tại hai điểm A , B  sao 

cho 3AB  . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 18. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 1 0d x y    và hai 

đường tròn có phương trình      
2 2

1 : 3 4 8C x y    ,      
2 2

2 : 5 4 32C x y    . Viết 

phương  

trình đường tròn  C  có tâm I  thuộc d  và tiếp xúc ngoài với  1C  và  2C . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

4. Câu hỏi trắc nghiệm.  

Câu 16. Đường tròn có tâm trùng với gốc tọa độ, bán kính 1R   có phương trình là: 

 A.  
22 1 1.x y       B. 2 2 1.x y     

 C.    
2 2

1 1 1.x y        D.    
2 2

1 1 1.x y     

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 17. Đường tròn có tâm  1;2I , bán kính 3R   có phương trình là: 

 A. 2 2 2 4 4 0.x y x y        B. 2 2 2 4 4 0.x y x y       

 C. 2 2 2 4 4 0.x y x y        D. 2 2 2 4 4 0.x y x y       

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 18. Đường tròn  C  có tâm  1; 5I   và đi qua  0;0O  có phương trình là: 

 A.    
2 2

1 5 26.x y       B.    
2 2

1 5 26.x y     

 C.    
2 2

1 5 26.x y       D.    
2 2

1 5 26.x y   
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 19. Đường tròn  C  có tâm  2;3I   và đi qua  2; 3M   có phương trình là: 

 A.    
2 2

2 3 52.x y      B.    
2 2

2 3 52.x y     

 C. 2 2 .4 6 57 0x y x y       D. 2 2 .4 6 39 0x y x y      
Lời giải. 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 20. Đường tròn đường kính AB  với    3; 1 ,  1; 5A B   có phương trình là: 

 A.    
2 2

2 3 5.x y       B.    
2 2

1 2 17.x y     

 C.    
2 2

2 3 5.x y       D.    
2 2

2 3 5.x y     

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 21. Đường tròn đường kính AB  với    1;1 ,  7;5  A B  có phương trình là: 

 A. 2 2 – 8 – 6 12 0x y x y    .  B. 2 2 8 – 6 – 12 0x y x y    . 

 C. 2 2 8  6 12 0x y x y      .   D. 2 2 – 8 – 6 – 12 0x y x y   . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 22. Đường tròn  C  có tâm  2;3I  và tiếp xúc với trục Ox  có phương trình là: 

 A.    
2 2

2 – 3 9.x y     B.    
2 2

2 – 3 4.x y   

 C.    
2 2

2 – 3 3.x y     D.    
2 2

2 3 9.x y  
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 23. Đường tròn  C  có tâm  2; 3I   và tiếp xúc với trục Oy  có phương trình là: 

 A.    
2 2

2 – 3 4.x y     B.    
2 2

2 – 3 9.x y   

 C.    
2 2

2 3 4.x y      D.    
2 2

2 3 9.x y  
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 24. Đường tròn  C  có tâm  2;1I   và tiếp xúc với đường thẳng : 3 – 4 5 0x y    có phương 

trình là: 

 A.    
2 2

2 –1 1.x y      B.    
2 2 1

2 –1 .
25

x y     

 C.    
2 2

2 1 1.x y       D.    
2 2

2 –1 4.x y  
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 25. Đường tròn  C  có tâm  1;2I   và tiếp xúc với đường thẳng :  – 2 7 0x y    có phương 

trình là: 

 A.    
2 2 4

1 – 2 .
25

x y     B.    
2 2 4

1 – 2 .
5

x y     

 C.    
2 2 2

1 – 2 .
5

x y     D.    
2 2

1 – 2 5.x y  
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 26. Tìm tọa độ tâm I  của đường tròn đi qua ba điểm  0;4A ,  2;4B ,  4;0C . 

 A.  0;0I . B.  1;0I . C.  3;2I . D.  1;1I . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      



 Trung Tâm Luyện Thi Đại Học Amsterdam                 Chương III-Bài 2. Phương Trình Đường Tròn 

137 Lớp Toán Thầy-Diệp Tuân                                                                                                     Tel: 0935.660.880  

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 27. Tìm bán kính R  của đường tròn đi qua ba điểm  0;4A ,  3;4B ,  3;0C . 

 A. 5R  . B. 3R  . C. 10R  . D. 
5

2
R  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 28. Đường tròn  C  đi qua ba điểm  3; 1A   ,  1;3B   và  2;2C   có phương trình là: 

 A. 2 2 4 2 20 0.x y x y       B. 2 2 2 20 0.x y x y      

 C.    
2 2

2 1 25.x y       D.    
2 2

2 1 20.x y   
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 29. Cho tam giác ABC  có      2;4 ,  5;5 ,  6; 2A B C  . Đường tròn ngoại tiếp tam giác ABC  

có phương trình là: 

 A. 2 2 2 20 0.x y x y      B.    
2 2

2 1 20.x y      

 C. 2 2 4 2 20 0.x y x y      D. 2 2 4 2 20 0.x y x y     
Lời giải. 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 30. Cho tam giác ABC  có      1; 2 ,  3;0 ,  2; 2A B C   . Tam giác ABC  nội tiếp đường tròn 

có phương trình là: 

 A. 2 2 18 0.3 8x y x y      B. 2 2 18 0.3 8x y x y      

 C. 2 2 18 0.3 8x y x y      D. 2 2 3 8 18 0.x y x y      
Lời giải. 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 31. Đường tròn  C  đi qua ba điểm  0;0O ,  8;0A  và  0;6B  có phương trình là: 

 A.    
2 2

4 3 25.x y      B.    
2 2

4 3 25.x y     

 C.    
2 2

4 3 5.x y       D.    
2 2

4 3 5.x y   
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 32. Đường tròn  C  đi qua ba điểm      0;0 ,  ;0 ,  0;O A a B b  có phương trình là: 

 A. 2 2 2 0x y ax by    .   B. 2 2 0x y ax by xy     . 

 C. 2 2 0.x y ax by       D. 2 2 0x y ay by    . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 33. Đường tròn  C  đi qua hai điểm  1;1A ,  5;3B  và có tâm I  thuộc trục hoành có 

phương trình là: 

 A.  
2 24 10.x y      B.  

2 24 10.x y    

 C.  
2 24 10.x y      D.  

2 24 10.x y  
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 34. Đường tròn  C  đi qua hai điểm  1;1A ,  3;5B  và có tâm I  thuộc trục tung có phương 

trình là: 

 A. 2 2 8 6 0.x y y       B.  
22 4 6.x y    

 C.  
22 4 6.x y      D. 2 2 4 6 0.x y y     

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 35. Đường tròn  C  đi qua hai điểm    1;2 ,  2;3A B   và có tâm I  thuộc đường thẳng 

: 3 10 0.x y     Phương trình của đường tròn  C  là: 

 A.    
2 2

3 1 5.x y      B.    
2 2

3 1 5.x y     

 C.    
2 2

3 1 5.x y       D.    
2 2

3 1 5.x y   
 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 36. Đường tròn  C  có tâm I  thuộc đường thẳng : 3 8 0d x y   , đi qua điểm  2;1A   và 

tiếp xúc với đường thẳng :3 4 10 0x y    . Phương trình của đường tròn  C  là: 

 A.    
2 2

2 2 25x y    .  B.    
2 2

5 1 16x y    . 

 C.    
2 2

2 2 9x y    .   D.    
2 2

1 3 25x y    . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 37. Đường tròn  C  có tâm I  thuộc đường thẳng : 3 5 0d x y   , bán kính 2 2R   và 

tiếp xúc với đường thẳng : 1 0x y    . Phương trình của đường tròn  C  là: 

 A.    
2 2

1 2 8x y     hoặc  
2 25 8x y   .  

 B.    
2 2

1 2 8x y     hoặc  
2 25 8x y   . 

 C.    
2 2

1 2 8x y     hoặc  
2 25 8x y   .  

 D.    
2 2

1 2 8x y     hoặc  
2 25 8x y   .  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      



Trung Tâm Luyện Thi Đại Học Amsterdam               Chương III-Bài 3. Phương Trình Đường Tròn 

140 Lớp Toán Thầy-Diệp Tuân                                                                                                     Tel: 0935.660.880  

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 38. Đường tròn  C  có tâm I  thuộc đường thẳng : 2 2 0d x y   , bán kính 5R   và tiếp 

xúc với đường thẳng :3 4 11 0x y    . Biết tâm I  có hoành độ dương. Phương trình của 

đường tròn  C  là: 

 A.    
2 2

8 3 25x y    .  

 B.    
2 2

2 2 25x y     hoặc    
2 2

8 3 25x y    . 

 C.    
2 2

2 2 25x y     hoặc    
2 2

8 3 25x y    . 

 D.    
2 2

8 3 25x y    .  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 39. Đường tròn  C  có tâm I  thuộc đường thẳng  2 2 2 2 0   1x y ax by c      và tiếp xúc 

với hai trục tọa độ có phương trình là: 

 A.    
2 2

2 2 4x y    . 

 B.    
2 2

3 3 9x y    . 

 C.    
2 2

2 2 4x y     hoặc    
2 2

3 3 9x y    . 

 D.    
2 2

2 2 4x y     hoặc    
2 2

3 3 9x y    . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 40. Đường tròn  C  có tâm  1  thuộc đường thẳng : 5x   và tiếp xúc với hai đường thẳng 

1 2: 3 – 3 0,   – 3 9 0:d x y d x y     có phương trình là: 

 A.    
2 2

5 2 40 x y     hoặc    
2 2

5 8 10. x y     

 B.    
2 2

5 2 40.x y     

 C.    
2 2

5 8 10. x y     

 D.    
2 2

5 2 40. x y     hoặc    
2 2

0.5 18x y     

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 41. Đường tròn  C  đi qua điểm  1; 2A   và tiếp xúc với đường thẳng : 1 0x y     tại 

 1;2M . Phương trình của đường tròn  C  là: 

 A.  
2 26 29.x y     B.  

2 25 20. x y     C.  
2 24 13.x y      D.  

2 23 8.x y    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 42. Đường tròn  C  đi qua điểm  2;1M  và tiếp xúc với hai trục tọa độ ,  Ox Oy  có phương 

trình là:  

 A.    
2 2

1 1 1x y     hoặc    
2 2

5.5 25x y      

 B.    
2 2

1 1 1x y     hoặc    
2 2

5.5 25x y     

 C.    
2 2

5.5 25x y     

 D.    
2 2

1 1 1.x y  
 

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 43. Đường tròn  C  đi qua điểm  2; 1M   và tiếp xúc với hai trục tọa độ ,  Ox Oy  có 

phương trình là:  

 A.    
2 2

1 1 1. x y     hoặc    
2 2

5.5 25x y     

 B.    
2 2

1 1 1x y    .  

 C.    
2 2

5.5 25x y     

 D.    
2 2

1 1 1x y     hoặc    
2 2

5.5 25x y     

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 44. Đường tròn  C  đi qua hai điểm 2 24 10 6 2 0.x y x y      và tiếp xúc với đường thẳng 

: 3 3 0x y    . Viết phương trình đường tròn  C , biết tâm của  C  có tọa độ là những số 

nguyên. 

 A. 2 2 3 – 7 12 0.x y x y       B. 2 2 6 – 4 5 0.x y x y     

 C. 2 2 8 – 2 10 0.x y x y      D. 2 2 2 8 20 0.x y x y      

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 45. Đường tròn  C  đi qua hai điểm    –1;1  ,  3;3A B  và tiếp xúc với : 3 – 4 8 0d x y   . Viết 

phương trình đường tròn  C , biết tâm của  C  có hoành độ nhỏ hơn 5.  

 A. 2 22 4 8 1 0.x y x y        B.    
2 2

3 2 5.x y     

 C.    
2 2

5 2 5.x y       D.    
2 2

5 2 25x y    . 

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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DẠNG 3. Lập phương trình tiếp tuyến   với phương trình đường tròn  C .  

1. Phương pháp.  

Cho đường tròn  C  tâm  ;I a b , bán kính R . 

 Nếu biết tiếp điểm là  0 0;M x y  thì tiếp tuyến đó đi qua M  và nhận  0 0;IM x a y b  làm 

vectơ pháp tuyến nên có phương trình là      0 0 0 0 0.x a x x y b y y       

 Nếu không biết tiếp điểm thì dùng điều kiện: Đường thẳng   tiếp xúc đường tròn  C  khi  

 và chỉ khi  ;d I R   để xác định tiếp tuyến. 

Đặt biệt: Đường tròn   2 2 2: ( ) ( )C x a y b R     có hai tiếp tuyến cùng phương với Oy  là 

x a R  . Ngoài hai tiếp tuyến này các tiếp tuyến  còn lại đều có dạng y kx m  . 

2. Bài tập minh họa.  

Bài tập 19. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn      
2 2

: 1 2 8C x y    . 

 a). Viết phương trình tiếp tuyến của đường tròn  C  tại điểm  3; 4A  . 

 b). Viết phương trình tiếp tuyến của đường tròn  C  đi qua điểm  5; 2B  . 

 c). Viết phương trình tiếp tuyến của đường tròn  C , biết tiếp tuyến vuông góc với đường  

  thẳng : 2014 0d x y   . 

 d). Viết phương trình tiếp tuyến của đường tròn  C , biết tiếp tuyến tạo với trục tung một  

  góc 045 . 

Lời giải 
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Bài tập 20. Trong mặt phẳng với hệ tọa độ Oxy , cho hai đường tròn   2 2

1 : 2 3 0C x y y     

và    2 2

2 : 8 8 28 0C x y x y     . Viết phương trình tiếp tuyến chung của  1C  và  2C . 

Lời giải 
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Bài tập 21. Trong mặt phẳng hệ tọa độ Oxy , cho hai đường tròn      
2 2

1 : 2 3 2C x y      

và      
2 2

2 : 1 2 8C x y    . Viết phương trình tiếp tuyến chung của  1C  và  2C . 

Lời giải 
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3. Câu hỏi trắc nghiệm.  

Câu 56. Phương trình tiếp tuyến d  của đường tròn      
2 2

2 2 25: x yC      tại điểm  2;1M  

là: 
 A. : 1 0.d y     B. : 4 3 14 0.d x y    C. : 3 4 2 0.d x y    D. : 4 3 11 0.d x y     

Lời giải. 
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 .........................................................................................................................................................................................................     

Câu 57. Cho đường tròn      
2 2

: 1 2 8C x y    . Viết phương trình tiếp tuyến d  của  C  tại 

điểm  3; 4A  . 

 A. : 1 0.d x y     B. : 2 11 0.d x y    C. : 7 0.d x y    D. : 7 0.d x y     

Lời giải. 
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Câu 58. Phương trình tiếp tuyến d  của đường tròn   2 2: 3 0C x y x y     tại điểm  1; 1N   là 

 A. : 3 2 0.d x y     B. : 3 4 0.d x y   .  C. : 3 4 0.d x y    D. : 3 2 0.d x y     

Lời giải. 
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Câu 59. Viết phương trình tiếp tuyến của đường tròn      
2 2

5: 3 1C x y    , biết tiếp tuyến 

song song với đường thẳng 0: 2 7x yd    . 

 A. 2 1 0x y    hoặc 2 1 0.x y    B. 2 0x y   hoặc 2 10 0.x y    

 C. 2 10 0x y    hoặc 2 10 0.x y    D. 2 0x y   hoặc 2 10 0.x y    

Lời giải. 
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Câu 60. Viết phương trình tiếp tuyến của đường tròn   2 2 4 4 17 0: x y xC y     , biết tiếp 

tuyến song song với đường thẳng 3 4 2018: 0d x y   . 

 A. 3 – 4 23 0x y    hoặc 3 – 4 – 27 0.x y   B. 3 – 4 23 0x y    hoặc 3 – 4 27 0.x y    

 C. 3 – 4 23 0x y    hoặc 3 – 4 27 0.x y    D. 3 – 4 23 0x y    hoặc 3 – 4 – 27 0.x y   

Lời giải. 
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Câu 61. Viết phương trình tiếp tuyến của đường tròn      
2 2

2 1 25: x yC     , biết tiếp tuyến 

song song với đường thẳng 0: 4 3 14x yd    . 

 A. 4 3 14 0x y    hoặc 4 3 36 0.x y    B. 4 3 14 0.x y    

 C. 4 3 36 0.x y      D. 4 3 14 0x y    hoặc 4 3 36 0.x y    

Lời giải. 
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 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................      .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 62. Viết phương trình tiếp tuyến của đường tròn      
2 2

2 4 25: x yC     , biết tiếp 

tuyến vuông góc với đường thẳng 3 4 5 0: x yd    . 

 A. 4 – 3 5 0x y    hoặc 4 – 3 – 45 0.x y   B. 4 3 5 0x y    hoặc 4 3 3 0.x y     

 C. 4 3 29 0.x y      D. 4 3 29 0x y    hoặc 4 3 – 21 0.x y   

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 63. Viết phương trình tiếp tuyến của đường tròn   2 2: 4 2 8 0C x y x y     , biết tiếp 

tuyến vuông góc với đường thẳng : 2 3 2018 0d x y   . 

 A. 03 2 17x y    hoặc .3 2 9 0x y    B. 03 2 17x y    hoặc .3 2 9 0x y    

 C. 03 2 17x y    hoặc .3 2 9 0x y     D. 03 2 17x y    hoặc .3 2 9 0x y    

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 64. Viết phương trình tiếp tuyến của đường tròn   2 2: 4 4 4 0C x y x y     , biết tiếp 

tuyến vuông góc với trục hoành. 
 A. 0x  .   B. 0y   hoặc 4 0y   . 

 C. 0x   hoặc 4 0x      D. 0y  .  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 65. Viết phương trình tiếp tuyến   của đường tròn      
2 2

: 1 2 8C x y    , biết tiếp 

tuyến đi qua điểm  5; 2A  . 

 A. : 5 0x   .   B. : 3 0x y     hoặc : 7 0x y    . 

 C. : 5 0x    hoặc : 3 0x y    . D. : 2 0y    hoặc : 7 0x y    . 
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Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 66. Viết phương trình tiếp tuyến   của đường tròn   2 2: 4 4 4 0C x y x y     , biết tiếp 

tuyến đi qua điểm  4;6B . 

 A. : 4 0x    hoặc : 3 4 36 0x y    . B. : 4 0x    hoặc : 6 0y   .  

 C. : 6 0y    hoặc : 3 4 36 0x y    . D. : 4 0x    hoặc : 3 4 12 0x y    . 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 67. Cho đường tròn      
2 2

: 1 1 25C x y     và điểm  9; 4M  . Gọi   là tiếp tuyến của 

 C , biết   đi qua M  và không song song với các trục tọa độ. Khi đó khoảng cách từ điểm 

 6;5P  đến   bằng: 

 A. 3 .  B. 3 .   C. 4 .  D. 5 .  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 68. Có bao nhiêu đường thẳng đi qua gốc tọa độ O  và tiếp xúc với đường tròn 

  2 2: 2 4 11 0C x y x y     ? 

 A. 0 .  B. 2 .   C. 1.  D. 3 . 

Lời giải. 
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 69. Cho đường tròn      
2 2

: 3 3 1C x y    . Qua điểm  4; 3M   có thể kẻ được bao 

nhiêu đường thẳng tiếp xúc với đường tròn  C ? 

 A. 0 . B. 1.  C. 2 . D. Vô số.  

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 70. Có bao nhiêu đường thẳng đi qua điểm  2;0N   tiếp xúc với đường tròn  

     
2 2

: 2 3 4C x y    ? 

 A. 0 . B. 1.  C. 2 . D. Vô số.  
 

Lời giải. 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

DẠNG 4. Một số bài toán tương giao. 

1. Phương pháp.  

Ta chú ý một số tính chất sau: 
 Tính chất đường kính và dây cung:  
 Đường kính là dây cung lớn nhất.  

2. Bài tập minh họa.  

Bài tập 22. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn      
2 2

: 1 3 4C x y     và 

điểm  2;4M . Viết phương trình đường thẳng   đi qua M  và cắt đường tròn  C  tại hai điểm 

A , B  sao cho 
 a). M là trung điểm AB .   b). 3MA MB . 

 c). 2 2AB  .   d). AB  có độ dài nhỏ nhất. 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 23. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn      
2 2

: 1 3 4C x y     và 

điểm  2;4M . Viết phương trình đường thẳng   đi qua M  và cắt đường tròn  C  tại hai điểm 

A , B  sao cho 
 a). AB  có độ dài lớn nhất. 

 b). Tiếp tuyến của đường tròn  C  tại A  và B  vuông góc với nhau. 

 c). Tiếp tuyến của đường tròn  C  tại A  và B  song song với nhau.  

 d). Tiếp tuyến của đường tròn  C  tại A  và B  hợp với nhau góc 060 . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  
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 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  
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 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 24. Trong mặt phẳng với hệ tọa độ Oxy , cho hai đường tròn   2 2

1 : 13C x y   và  

   
2 2

2 : 6 25C x y    cùng đi qua điểm  2;3M . Viết phương trình đường thẳng   đi qua M  

và cắt hai đường tròn  1C ,  2C  lần lượt tại A  và B  sao cho MA MB . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 25. Trong mặt phẳng với hệ tọa độ Oxy , cho hai đường tròn      
2 2

1 : 1 1 1C x y     

và    
2 2

2 : 2 9C x y    cùng đi qua điểm  1;0M . Viết phương trình đường thẳng   đi qua 

M  và cắt hai đường tròn  1C ,  2C  lần lượt tại A  và B  sao cho 2MA MB . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 26. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn      
2 2

: 1 2 4C x y     và 

đường thẳng : 1 0x y    . Điểm M  di động trên  . Chứng minh rằng từ M  kẻ được hai tiếp 

tuyến MA , MB  với  C  ( A , B  là các tiếp điểm). Viết phương trình đường thẳng AB  biết AB  

đi qua điểm  1; 1K  . 

Lời giải 
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Bài tập 27. Trong mặt phẳng hệ tọa độ Oxy , cho đường tròn   2 2:  4 2 4 0C x y x y     . 

Gọi I  là tâm và R  là bán kính của  C . Tìm tọa độ điểm M  thuộc đường thẳng :  2 0d x y    

sao cho từ M  kẻ được hai tiếp tuyến MA , MB  đến  C  ( A , B  là các tiếp điểm) thỏa mãn  

 a).
12 34

17
AB  .   b). Tứ giác MAIB  có diện tích bằng 6 2 . 

 c). Tứ giác MAIB  có chu vi bằng  2 3 2 2 . d). Tứ giác MAIB  là hình vuông. 
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Bài tập 28. Trong mặt phẳng  hệ tọa độ Oxy , cho đường tròn   2 2:  4 2 4 0C x y x y     . 

Gọi I  là tâm và R  là bán kính của  C . Tìm tọa độ điểm M  thuộc đường thẳng :  2 0d x y    

sao cho từ M  kẻ được hai tiếp tuyến MA , MB  đến  C  ( A , B  là các tiếp điểm) thỏa mãn  

 a). Tam giác MAB  vuông.   
 b). Tam giác MAB  đều. 

 c). Hai tiếp tuyến MA , MB  tạo với nhau góc bằng 060 .  
 d). Tam giác IAB  đều. 
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Bài tập 29. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn      
2 2

: 2 3 5C x y     và 

đường thẳng : 5 4 0d x y   . Tìm trên  C  điểm M  và trên d  điểm N  sao cho  

 a). Hai điểm M , N  đối xứng nhau qua điểm  7; 1A   . 

 b). Hai điểm M , N  đối xứng nhau qua trục Ox . 

Lời giải 
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Bài tập 30. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn      
2 2

: 2 2 5C x y     và 

đường thẳng : 2 4 0d x y   . Tìm trên  C  điểm M  và trên d  điểm N  sao cho  

 a). MN  có độ dài nhỏ nhất.  b). MN  có độ dài lớn nhất. 
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Bài tập 31. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : – 5 – 2 0d x y   và đường 

tròn   2 2
2 4 8 0: x y x yC      . Xác định tọa độ các giao điểm A , B  của đường tròn  C  và 

đường thẳng d , biết A  có hoành độ dương. Tìm tọa độ điểm C  thuộc  C  sao cho tam giác 

ABC  vuông ở B . 

Lời giải 
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Bài tập 32. Trong mặt phẳng với hệ tọa độ Oxy , cho đường thẳng : 3 – – 7 0d x y   và đường 

tròn      
2 2

1 2 10: x yC     . Chứng minh đường thẳng d  cắt đường tròn  C  tại hai điểm 

phân biệt A , B . Tìm tọa độ điểm C  thuộc  C  sao cho tam giác ABC  cân ở C . 

Lời giải 
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Bài tập 33. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn   2 2: 4 4 6 0C x y x y      

và đường thẳng : 2 3 0d x my m    . Gọi I  làm tâm của  C . Tìm m  để d  cắt  C  tại hai 

điểm phân biệt A  và B  thỏa mãn  
 a). AB  lớn nhất.  
 b). 2AB  . 
 c). Diện tích tam giác IAB  lớn nhất.  

 d).Diện tích IAB  bằng 
3

2
 và AB  lớn nhất. 
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Bài tập 34. Trong mặt phẳng với hệ tọa độ Oxy , cho đường tròn      
2 2

: 1 2 9C x y     và 

đường thẳng : 3 4 0d x y m   . Tìm m  để trên đường thẳng d  có duy nhất một điểm P  mà từ 

đó có thể kẻ được hai tiếp tuyến PA , PB  tới  C  ( A , B  là các tiếp điểm) sao cho  

 a). Tam giác PAB  đều.   b). Tam giác PAB  vuông. 

 c). Góc giữa hai tiếp tuyến PA , PB  bằng 060 . 
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

3. Câu hỏi trắc nghiệm.  

Câu 71. (THPT Quốc Học Huế 2020) 

Cho đường tròn   2 2: 6 2 5 0C x y x y      và đường thẳng  : 2 2 7 0d x m y m     .  

Với giá trị nào của m  thì d  tiếp xúc với  C ? 

 A. 3m  . B. 15m  . C. 13m  . D. 3m   hoặc 13m   

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 72.Cho đường tròn   2 2: 4 2 7 0C x y x y      và hai điểm  1;1A  và  1;2B  . Khẳng định 

nào dưới đây là đúng? 

 A. A  nằm trong và B  nằm ngoài  C . B. A  và B  cùng nằm ngoài  C . 

 C. A  nằm ngoài và B  nằm trong  C . D. A  và B  cùng nằm trong  C . 

Lời giải 
 ..........................................................................................................................................................................................................  
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 73. Cho đường tròn   2 2: 4 3 0C x y x    . Hỏi mệnh đề nào sau đây là sai? 

 A.  C  có tâm  2;0I .   B.  C  có bán kính 1R  . 

 C.  C  cắt trục Ox  tại 2  điểm phân biệt. D.  C  cắt trục Oy  tại 2  điểm phân biệt. 
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Lời giải 
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 74. Cho đường tròn   2 2: 4 2 0C x y x y     và đường thẳng : 2 1 0d x y   . Trong các 

mệnh đề sau, tìm mệnh đề đúng? 

 A. d  đi qua tâm của đường tròn  C . B. d  cắt  C  tại hai điểm phân biệt. 

 C. d  tiếp xúc  C .   D. d  không có điểm chung với  C . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 75. Cho đường tròn      
2 2

: 4 3 5C x y     và đường thẳng : 2 5 0d x y   . Tọa độ tiếp 

điểm của đường thẳng d  và đường tròn  C  là 

 A.  3;1 . B.  6;4 . C.  5;0 . D.  1;2 . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     
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 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 76.Cho đường tròn      
2 2

: 1 3 10C x y     và đường thẳng : 3 1 0x y m     . Đường 

thẳng   tiếp xúc với đường tròn  C  khi và chỉ khi 

 A. 1m   hoặc 19m   .    B. 3m    hoặc 17m  . 
 C. 1m    hoặc 19m  .    D. 3m   hoặc 17m   . 

Lời giải 
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 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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Câu 77.(THPT Chuyên Lê Hồng Phong 2020) 

Đường thẳng nào tiếp xúc với đường tròn    
2 2: 2 4C x y    tại M  có hoành độ 3Mx   

 A. 3 6 0x y   . B. 3 6 0x y   . C. 3 6 0x y   . D. 3 6 0x y   . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 78. Cho đường tròn   2 2: 6 2 5 0C x y x y      và điểm  4;2A  . Đường thẳng d  qua A  

cắt  C  tại 2  điểm M , N  sao cho A  là trung điểm của MN  có phương trình là 

 A. 6 0x y   . B. 7 3 34 0x y   . C. 7 30 0x y   . D. 7 35 0x y   . 

Lời giải 
 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 79. Đường thẳng : 2 5 0x y     tiếp xúc với đường tròn      
2 2

: 4 3 5C x y     tại 

điểm M  có tọa độ là 

 A.  3;1 . B.  3;2 . C.  6;3 . D.  5;2 . 

Lời giải 
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 80. Cho đường tròn      
2 2

: 1 3 10C x y     và đường thẳng : 1 0x y     biết đường 

thẳng   cắt  C  tại hai điểm phân biệt A , B . Độ dài đoạn thẳng AB  bằng 

 A. 
19

2
. B. 38 .  C. 

19

2
. D. 

38

2
. 

Lời giải 
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Câu 81. Trong hệ trục tọa độ Oxy , đường tròn nào có phương trình dưới đây tiếp xúc với hai 

trục tọa độ? 

 A.    
2 2

2 2 1x y    .   B.    
2 2

2 2 2x y    .  

 C.    
2 2

2 2 4x y    .   D.    
2 2

2 2 8x y    . 

Lời giải 
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 .........................................................................................................................................................................................................  
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Câu 82. Đường tròn      
2 2 2:C x a y b R     cắt đường thẳng 2 2 0x y a b     theo dây 

cung có độ dài bằng bao nhiêu? (ở đây 0R  ). 

 A. 2R . B. 
2

2

R
. C. R . D. 2R . 

Lời giải 
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Câu 83.Cho hai đường tròn   2 2

1 : 2 6 6 0C x y x y     ,   2 2

2 : 4 2 4 0C x y x y     . Trong 

các mệnh đề sau, tìm mệnh đề đúng: 

 A.  1C  cắt  2C .   B.  1C  không có điểm chung với  2C . 

 C.  1C  tiếp xúc trong với  2C .  D.  1C  tiếp xúc ngoài với  2C . 

Lời giải 
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A - LÝ THUYẾT. 

1.  Định nghĩa: Cho hai điểm cố định 1F  và 2F  với  1 2 2F F c   0c   

Tập hợp các điểm M  thỏa mãn 1 2 2MF MF a    

( a  không đổi và 0a c  ) là một đường Elip. 

 ●  1 2,  F F  là hai tiêu điểm của  .E  

 ●  Khoảng cách 1 2 2F F c  là tiêu cự của Elip.  

          ● 1 2,MF MF  được gọi là bán kính qua tiêu. 

 

            
2. Phương trình chính tắc của Elip 

Với    1 2;0 , ;0F c F c  ta có      
2 2

2 2
; 1 1

x y

a
M

b
x y E    trong đó 2 2 2b a c   

Khi đó  1  được gọi là phương trình chính tắc của  .E  

Chú ý: 0 0, .x a y b   

3. Tính chất và hình dạng của Elip 
●  Trục đối xứng Ox  (chứa trục lớn),  Oy  (chứa trục bé) 

●  Tâm đối xứng O . 

●  Tọa độ các đỉnh        1 2 1 2;0 ,  ;0 ,  0; ,  0;A a A a B b B b  . 

●  Độ dài trục lớn 1 2 2A A a .  Độ dài trục bé 1 2 2B B b . 

●  Tiêu điểm    1 2;0 ,  ;0F c F c . 

●  Nội tiếp trong hình chữ nhật cơ sở có kích thước là 2a  và 2b . 

●  Tâm sai 1
c

e
a

  . 

●  Hai đường chuẩn 
a

x
e

  và 
a

x
e

  . 

● Với    ;M x y E . Khi đó  1MF a ex  : bán kính qua tiêu điểm trái. 

                                                      2MF a ex  : bán kính qua tiêu điểm phải. 

B. CÁC DẠNG TOÁN VÀ PHƯƠNG PHÁP GIẢI. 

DẠNG 1. Xác định các yếu tố của elip khi biết phương trình chính tắc của elip. 

1. Phương pháp.  

 Từ phương trình chính tắc  
2 2

2 2
11

x y

a b
  ta xác định các đại lượng ,a b . 

 Từ 2 2 2b a c   ta suy ra c  của elip. 

 Khi đó ta suy ra được các yếu tố cần tìm. 

2. Bài tập minh họa.  

Bài tập 1. Xác định các đỉnh, độ dài các trục, tiêu cự, tiêu điểm , tâm sai của elip có phương 
trình sau 

 a). 
2 2

1
4 1

x y
  .                                     b). 2 24 25 100x y  . 

y

x

r2

r1

RS B1

P QB2

A1 A2F2OF1

M

§BÀI 4.                            ELÍP 
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 .........................................................................................................................................................................................................     

3. Câu hỏi trắc nghiệm.  

Mức độ 1. Nhận biết 

Câu 1. Elip  
2 2

: 1
25 9

x y
E    có độ dài trục lớn bằng: 

 A. 5.   B. 10.   C. 25.  D. 50.  

Lời giải. 
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Câu 2. Elip   2 2: 4 16 1E x y   có độ dài trục lớn bằng: 

 A. 2.   B. 4.   C. 1.  D. 
1

.
2
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 3. Elip   2 2: 5 25E x y   có độ dài trục lớn bằng: 

 A. 1.   B. 2.   C. 5.  D. 10.  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 4. Elip  
2 2

: 1
100 64

x y
E    có độ dài trục bé bằng: 

 A. 8.   B. 10.   C. 16.  D. 20.  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 5. Elip  
2

2: 4
16

x
E y   có tổng độ dài trục lớn và trục bé bằng: 

 A. 5.   B. 10.   C. 20.  D. 40.  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 6. Elip  
2 2

: 1
25 16

x y
E    có tiêu cự bằng: 

 A.3.   B. 6.   C. 9.  D. 18. 
Lời giải. 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Mức độ 2. Thông hiểu 

Câu 7. Elip  
2 2

: 1
9 4

x y
E    có tiêu cự bằng: 

 A. 5.  B. 5.   C. 10.  D. 2 5.  

Lời giải. 
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 8. Elip  
2 2

2 2
: 1

x y
E

p q
  , với 0p q   có tiêu cự bằng: 

 A. p q . B. p q . C. 2 2p q . D. 2 22 p q . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 9. Elip  
2 2

: 1
100 36

x y
E    có một đỉnh nằm trên trục lớn là: 

 A.  100;0 . B.  100;0 . C.  0;10 . D.  10;0 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 10. Elip  
2 2

: 1
16 12

x y
E    có một đỉnh nằm trên trục bé là: 

 A.  4;0 . B.  0;12 . C.  0;2 3 . D.  4;0 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 11. Elip  
2 2

: 1
9 6

x y
E    có một tiêu điểm là: 

 A.  0;3 .  B.  0 ; 6 .  C.  3;0 .  D.  3;0 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................      .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 12. Cặp điểm nào là các tiêu điểm của elip  
2 2

: 1
5 4

x y
E   ? 

 A.  1 1;0F   và  2 1;0F .   B.  1 3;0F   và  2 3;0F .  

 C.  1 0; 1F   và  2 0;1F .   D.  1 2;0F   và  2 2;0F . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 13. Elip  
2 2

: 1
16 9

x y
E   . Tỉ số e  của tiêu cự và độ dài trục lớn của elip bằng: 

 A. 1.e   B. 
7

.
4

e   C. 
3

.
4

e   D. 
5

.
4

e   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 14. Elip  
2 2

: 1
9 4

x y
E   . Tỉ số f  của độ dài trục lớn và tiêu cự của elip bằng: 

 A. 
3

2
f  . B. 

3

5
f  . C. 

2

3
f  . D. 

5

3
f  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 15. Elip  
2 2

: 1
16 8

x y
E   . Tỉ số k  của tiêu cự và độ dài trục bé của elip bằng: 

 A. 8k  . B. 8k  . C. 1k  . D. 1k   . 

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 16. Cho elip  
2 2

: 1
25 9

x y
E   . Trong các khẳng định sau, khẳng định nào sai? 

 A.  E  có các tiêu điểm  1 4;0F   và  2 4;0 .F  

 B.  E  có tỉ số 
4

.
5

c

a
  

 C.  E  có đỉnh  1 5;0 .A   

 D.  E  có độ dài trục nhỏ bằng 3. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 17. Cho elip   2 2: 4 1E x y  . Khẳng định nào sau đây là đúng? 

 A. Elip có tiêu cự bằng 3.   B. Elip có trục nhỏ bằng 2.  

 C. Elip có một tiêu điểm là 
2

0; .
3

F
 
  
 

 D. Elip có trục lớn bằng 4.  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 18. Cho elip   2 2: 4 9 36E x y  . Tìm mệnh đề sai trong các mệnh đề sau: 

 A.  E  có trục lớn bằng 6.  B.  E  có trục nhỏ bằng 4.  

 C.  E  có tiêu cự bằng 5.   D.  E  có tỉ số 
5

.
3

c

a
  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

DẠNG 2. Viết phương trình chính tắc của đường elip. 

1. Phương pháp.  

Để viết phương trình chính tắc của elip ta làm như sau: 

 Gọi phương trình chính tắc elip là   
2 2

2 2
1 0

x y
a b

a b
    . 

 Từ giả thiết của bài toán ta thiết lập các phương trình, hệ phương trình từ giả thiết của bài 
toán để tìm các đại lượng ,a b  của elip từ đó viết được phương trình chính tắc của nó. 

2. Bài tập minh họa.  

Bài tập 2. Viết phương trình chính tắc của elip  E trong mỗi trường hợp sau:  

 a).  E có độ dài trục lớn là  6 và tâm sai 
2

3
e   

 b).  E có tọa độ một đỉnh là  0; 5  và đi qua điểm 
4 10

; 1
5

M
 

  
 

 

 c).  E có tiêu điểm thứ nhất  3;0  và đi qua điểm 
4 33

(1; )
5

M . 

 d). Hình chữ nhật cơ sở của  E  có một cạnh nằm trên đường thẳng 2 0y    và có diện tích         

 bằng 48. 

 e).  E có tâm sai bằng 
5

3
 và hình chữ nhật cơ sở của  E  có chu vi bằng 20. 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 3. Lập phương trình chính tắc của Elip, biết  

 a). Elip đi qua điểm 
5

2;
3

M
 
 
 

 và có một tiêu điểm  1 2;0F  . 

 b). Elip nhận  2 5;0F  là một tiêu điểm và có độ dài trục nhỏ bằng 4 6 . 

 c). Elip có độ dài trục lớn bằng 2 5  và tiêu cự bằng 2. 

 d). Elip đi qua hai điểm  2; 2M   và  6;1N  . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 4. Lập phương trình chính tắc của Elip, biết  

 a). Elip có tổng độ dài hai trục bằng 8 và tâm sai 
1

2
e  . 

 b). Elip có tâm sai 
5

3
e   và hình chữ nhật cơ sở có chu vi bằng 20. 

 c). Elip có tiêu điểm  1 2;0F   và hình chữ nhật cơ sở có diện tích bằng 12 5 . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Bài tập 5. Lập phương trình chính tắc của Elip, biết  

 a). Elip đi qua điểm  5;2M   và khoảng cách giữa hai đường chuẩn bằng 10. 

 b). Elip có tâm sai 
3

5
e   và khoảng cách từ tâm đối xứng của nó đến một đường chuẩn bằng  

 
25

3
. 

 c). Elip có độ dài trục lớn bằng 10 và phương trình một đường chuẩn là 
25

4
x  . 

 d). Khoảng cách giữa các đường chuẩn bằng 36 và bán kính qua tiêu điểm của điểm M  thuộc  
 Elip là 9 và 15. 

Lời giải 
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Bài tập 6. Lập phương trình chính tắc của Elip, biết  

 a). Elip có hình chữ nhật cơ sở nội tiếp đường tròn   2 2: 41C x y   và đi qua điểm  0;5A . 

 b). Elip có hình chữ nhật cơ sở nội tiếp đường tròn   2 2: 21C x y   và điểm  1;2M  nhìn  

 hai tiêu điểm của Elip dưới một góc 060 . 

 c). Một cạnh hình chữ nhật cơ sở của Elip nằm trên : 5 0d x    và độ dài đường chéo hình  

 chữ nhật bằng 6. 
 d). Tứ giác ABCD  là hình thoi có bốn đỉnh trùng với các đỉnh của Elip. Bán kính của đường  

 tròn nội tiếp hình thoi bằng 2  và tâm sai của Elip bằng 
1

2
. 
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Bài tập 7. Lập phương trình chính tắc của Elip, biết 
 a). Tứ giác ABCD  là hình thoi có bốn đỉnh trùng với các đỉnh của Elip.  Đường tròn tiếp xúc  

 với các cạnh của hình thoi có phương trình   2 2: 4C x y   và 2AC BD , A  thuộc Ox . 

 b). Elip có độ dài trục lớn bằng 8 và giao điểm của Elip với đường tròn   2 2: 8C x y   tạo   

 thành bốn đỉnh của một hình vuông. 

 c). Elip có tâm sai 
1

3
e   và giao điểm của Elip với đường tròn   2 2: 9C x y   tại bốn điểm  

 A , B , C , D  sao cho AB  song song với Ox  và 3AB BC . 

 d). Elip  có độ dài trục lớn bằng 4 2 , các đỉnh trên trục nhỏ và các tiêu điểm của Elip cùng  
 nằm trên một đường tròn. 
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Bài tập 8. Lập phương trình chính tắc của Elip, biết 
 a). Elip có hai đỉnh trên trục nhỏ cùng với hai tiêu điểm tạo thành một hình vuông có diện  
 tích bằng 32. 
 b). Elip có một đỉnh và hai tiêu điểm tạo thành một tam giác đều và chu vi hình chữ nhật cơ  

 sở của Elip bằng  12 2 3 . 

 c). Elip đi qua điểm  2 3;2M  và M  nhìn hai tiêu điểm của Elip dưới một góc vuông. 

 d). Elip đi qua điểm 
3

1;
2

M
 
  
 

 và tiêu điểm nhìn trục nhỏ 2 2 2a b c   dưới một góc 060 . 
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Bài tập 9. Lập phương trình chính tắc của Elip, biết 

 a). Elip có một tiêu điểm  1 3;0F   và đi qua điểm M , biết tam giác 1 2F MF  có diện tích bằng  

 1 và vuông tại M . 
 b). Elip đi qua ba đỉnh của tam giác đều ABC . Biết tam giác ABC  có trục đối xứng là Oy ,  

  0;2A  và có diện tích bằng 
49 3

12
. 

 c). Khi M  thay đổi trên Elip thì độ dài nhỏ nhất của OM  bằng 4 và độ dài lớn nhất của 1MF   

 bằng 8 với 1F  là tiêu điểm có hoành độ âm của Elip. 
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3. Câu hỏi trắc nghiệm.  

Mức độ 2. Thông Hiểu 

Câu 19. Phương trình của elip  E  có độ dài trục lớn bằng 8, độ dài trục nhỏ bằng 6 là: 

 A. 2 29 16 144.x y     B. 2 29 16 1.x y    

 C. 
2 2

1.
9 16

x y
     D. 

2 2

1.
64 36

x y
   

Lời giải. 
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Câu 20. Tìm phương trình chính tắc của elip có tiêu cự bằng 6 và trục lớn bằng 10.
 

 A. 
2 2

1.
25 9

x y
   B. 

2 2

1.
100 81

x y
   C. 

2 2

1.
25 16

x y
   D. 

2 2

1.
25 16

x y
   
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Câu 21. Elip có độ dài trục lớn là 10 và có một tiêu điểm  3;0F  . Phương trình chính tắc của elip 

là: 

 A. 
2 2

1.
25 9

x y
    B. 

2 2

1.
100 16

x y
    C. 

2 2

1.
100 81

x y
    D. 

2 2

1.
25 16

x y
   
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Câu 22. Elip có độ dài trục nhỏ là 4 6  và có một tiêu điểm  5;0F . Phương trình chính tắc của 

elip là: 

 A. 
2 2

1.
121 96

x y
    B. 

2 2

1.
101 96

x y
    C. 

2 2

1.
49 24

x y
    D. 

2 2

1.
29 24

x y
   
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Câu 23. Elip có một đỉnh là  5;0A  và có một tiêu điểm  1 4;0F  . Phương trình chính tắc của elip là: 

 A. 
2 2

1.
25 16

x y
   B. 

2 2

1.
5 4

x y
   C. 

2 2

1.
25 9

x y
   D. 1.

5 4

x y
   
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Câu 24. Elip có hai đỉnh là    3;0 ; 3;0  và có hai tiêu điểm là    1;0 ; 1;0 . Phương trình chính 

tắc của elip là: 

 A. 
2 2

1.
9 1

x y
   B. 

2 2

1.
8 9

x y
   C. 

2 2

1.
9 8

x y
   D. 

2 2

1.
1 9

x y
   
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Câu 25. Tìm phương trình chính tắc của elip nếu trục lớn gấp đôi trục bé và có tiêu cự bằng 4 3  

 A. 
2 2

+ 1.
16 4

x y
  B. 

2 2

1.
36 9

x y
   C. 

2 2

1.
36 24

x y
   D. 

2 2

+ 1.
24 16

x y
  
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 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 26. Lập phương trình chính tắc của elip biết độ dài trục lớn hơn độ dài trục nhỏ 4 đơn vị, độ 
dài trục nhỏ hơn độ dài tiêu cự 4 đơn vị. 

 A. 
2 2

1.
64 60

x y
    B. 

2 2

1.
25 9

x y
   C. 

2 2

1.
100 64

x y
   D. 

2 2

1.
9 1

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 27. Lập phương trình chính tắc của elip biết tỉ số giữa độ dài trục nhỏ và tiêu cự bằng 2 , 
tổng bình phương độ dài trục lớn và tiêu cự bằng 64 . 

 A. 
2 2

1.
12 8

x y
   B. 

2 2

1.
8 12

x y
   C. 

2 2

1.
12 4

x y
   D. 

2 2

1.
8 4

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     



  Trung Tâm Luyện Thi Đại Học Amsterdam                                                           Chương III-Bài 3. Elip 

184 Lớp Toán Thầy-Diệp Tuân                                                                                                   Tel: 0935.660.880  

 

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 28. Elip có một tiêu điểm  2;0F   và tích độ dài trục lớn với trục bé bằng 12 5 . Phương 

trình chính tắc của elip là: 

 A. 
2 2

1.
9 5

x y
   B. 

2 2

1.
36 20

x y
    C. 

2 2

1.
144 5

x y
   D. 

2 2

1.
45 16

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 29. Lập phương trình chính tắc của elip có độ dài trục lớn bằng 26  và tỉ số của tiêu cự với 

độ dài trục lớn bằng 
12

13
.  

 A. 
2 2

1.
26 25

x y
    B. 

2 2

1.
169 25

x y
   C. 

2 2

1.
52 25

x y
   D. 

2 2

1.
169 5

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 30. Lập phương trình chính tắc của elip có độ dài trục lớn bằng 6  và tỉ số của tiêu cự với độ 

dài trục lớn bằng 
1

3
.  

 A. 
2 2

+ 1.
9 8

x y
  B. 

2 2

1.
9 5

x y
   C. 

2 2

1.
6 5

x y
   D. 

2 2

+ 1.
9 3

x y
  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Mức độ 3. Vận dụng 
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Câu 31. Lập phương trình chính tắc của elip có độ dài trục nhỏ bằng 12  và tỉ số của tiêu cự với 

độ dài trục lớn bằng 
4

5
.  

 A. 
2 2

1.
36 25

x y
    B. 

2 2

1.
25 36

x y
    C. 

2 2

1.
64 36

x y
    D. 

2 2

1.
100 36

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 32. Elip có tổng độ dài hai trục bằng 18  và tỉ số của tiêu cự với độ dài trục lớn bằng 
3

5
. 

Phương trình chính tắc của elip là: 

 A. 
2 2

1.
25 16

x y
   B. 

2 2

1.
5 4

x y
   C. 

2 2

1.
25 9

x y
   D. 

2 2

1.
9 4

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 33. Elip có tổng độ dài hai trục bằng 10  và tỉ số của tiêu cự với độ dài trục lớn bằng 
5

3
. 

Phương trình chính tắc của elip là: 

 A. 
2 2

1.
25 16

x y
   B. 

2 2

1.
5 4

x y
   C. 

2 2

1.
25 9

x y
   D. 

2 2

1.
9 4

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................   .........................................................................................................................................................................................................  
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 ..........................................................................................................................................................................................................      .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 34. Lập phương trình chính tắc của elip, biết elip đi qua hai điểm  7;0A  và  0;3B .  

 A. 
2 2

1.
40 9

x y
   B. 

2 2

1.
16 9

x y
   C. 

2 2

1.
9 49

x y
   D. 

2 2

1.
49 9

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 35. Elip đi qua các điểm  0;3M  và 
12

3;
5

N
 

 
 

 có phương trình chính tắc là: 

 A. 
2 2

1
16 9

x y
  .  B. 

2 2

1
25 9

x y
  . C. 

2 2

1
9 25

x y
  .  D. 

2 2

1
25 9

x y
  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 36. Elip đi qua các điểm  0;1A  và 
3

1;
2

N
 
  
 

 có phương trình chính tắc là: 

 A. 
2 2

1.
16 4

x y
   B. 

2 2

1.
8 4

x y
   C. 

2 2

1.
4 1

x y
   D. 

2 2

1.
2 1

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 37. Tìm phương trình chính tắc của elip nếu nó có trục lớn gấp đôi trục bé và đi qua điểm 

 2; 2M  . 

 A. 
2 2

+ 1.
20 5

x y
  B. 

2 2

1.
36 9

x y
   C. 

2 2

1.
24 6

x y
   D. 

2 2

+ 1.
16 4

x y
  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 38. Tìm phương trình chính tắc của elip, biết elip có tiêu cự bằng 6  và đi qua  5;0A . 

 A.
2 2

1
25 16

x y
  . B. 

2 2

+ 1
25 16

x y
 . C. 

2 2

+ 1
25 9

x y
 . D. 

2 2

+ 1
100 81

x y
 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 39. Tìm phương trình chính tắc của elip, biết elip có tiêu cự bằng 2 3  và đi qua  2;1A . 

 A. 
2 2

+ 1.
6 3

x y
  B. 

2 2

1.
8 2

x y
   C. 

2 2

1.
8 5

x y
   D. 

2 2

+ 1.
9 4

x y
  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 40. Tìm phương trình chính tắc của elip, biết elip có tiêu cự bằng 8  và đi qua điểm 

 15; 1M  . 

 A. 
2 2

1.
12 4

x y
    B. 

2 2

1.
16 4

x y
    C. 

2 2

1.
18 4

x y
    D. 

2 2

1.
20 4

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Câu 41. Elip qua điểm 
5

2;
3

M
 
 
 

 và có một tiêu điểm  2;0F  . Phương trình chính tắc của elip 

là: 

 A. 
2 2

1
9 5

x y
  . B. 

2 2

1
9 4

x y
  . C. 

2 2

1
25 16

x y
  . D. 

2 2

1
25 9

x y
  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 42. Phương trình chính tắc của elip có hai tiêu điểm    1 22;0 ,  2;0F F  và đi qua điểm 

 2;3M  là: 

 A. 
2 2

1.
16 12

x y
   B. 

2 2

1.
16 9

x y
   C. 

2 2

1.
16 4

x y
   D. 

2 2

1.
16 8

x y
   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 43. Tìm phương trình chính tắc của elip nếu nó đi qua điểm  6;0A  và tỉ số của tiêu cự với 

độ dài trục lớn bằng 
1

2
. 

 A. 
2 2

+ 1.
36 27

x y
  B. 

2 2

1.
6 3

x y
   C. 

2 2

+ 1.
36 18

x y
  D. 

2 2

+ 1.
6 2

x y
  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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Câu 44. Tìm phương trình chính tắc của elip nếu nó đi qua điểm 
5

2;
3

N
 

 
 

 và tỉ số của tiêu cự 

với độ dài trục lớn bằng 
2

3
. 

 A. 
2 2

1.
9 4

x y
    B. 

2 2

1.
9 5

x y
     C. 

2 2

1.
9 6

x y
    D. 

2 2

1.
9 3

x y
    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  
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Câu 45. Tìm phương trình chính tắc của elip nếu nó đi qua điểm  2; 3A  và tỉ số của độ dài 

trục lớn với tiêu cự bằng 
2

3
. 

 A. 
2 2

1.
16 4

x y
   B. 

2 2

1.
4 3

x y
   C. 

2 2

1.
3 4

x y
   D. 

2 2

1.
4 16

x y
   
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DẠNG 3. Xác định điểm nằm trên đường elip thỏa mãn điều kiện cho trước. 

1. Phương pháp.  

Để xác định tọa độ điểm M  thuộc elip có phương trình chính tắc là    
2 2

2 2
: 1 0

x y
E a b

a b
     

ta làm như sau 

 Giả sử  ;M MM x y , điểm  
2 2

2 2
1M Mx y

M E
a b

     ta thu được phương trình thứ nhất. 

 Từ điều kiện của bài toán ta thu được phương trình thứ hai; giải phương trình, hệ phương 
trình ẩn ,M Mx y  ta tìm được tọa độ của điểm M . 

2. Bài tập minh họa.  

Bài tập 10.  

 a). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
25 16

x y
E   . Gọi 1F , 2F  là hai tiêu điểm  

 của Elip; A , B  là hai điểm thuộc  E  sao cho 1 2 8AF BF  . Tính 2 1AF BF . 

 b). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
9 5

x y
E   . Gọi 1F , 2F  là hai tiêu điểm  

 của Elip trong đó 1F  có hoành độ âm. Tìm tọa độ điểm M  thuộc  E  sao cho 1 22MF MF . 

 c). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
8 4

x y
E   . Gọi 1F , 2F  là hai tiêu điểm  

 của Elip trong đó 1F  có hoành độ âm. Tìm tọa độ điểm M  thuộc  E  sao cho 1 2 2MF MF  . 
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Bài tập 11.  

 a). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

9 1
: 1

x y
E   . Tìm những điểm M  thuộc  

  E  sao cho nó nhìn hai tiêu điểm của  E  dưới một góc vuông. 

 b). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2

2: 1
4

x
E y   với hai tiêu điểm 1F , 2F .  

 Tìm tọa độ điểm M  thuộc  E  sao cho góc 0

1 2 60F MF  . 

 c). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
100 25

x y
E    với hai tiêu điểm 1F , 2F .  

 Tìm tọa độ điểm M  thuộc  E  sao cho góc 0

1 2 120F MF  . 

 d). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
25 9

x y
E    với hai tiêu điểm 1F , 2F   

 trong đó 1F  có hoành độ âm. Tìm tọa độ điểm M  thuộc  E  sao cho góc 0

1 2 120MF F  . 
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Bài tập 12.  

 a). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
4 1

x y
E    và điểm  2;0C . Tìm tọa độ  

 các điểm A , B  thuộc  E , biết rằng A , B  đối xứng với nhau qua trục hoành và tam giác  

 ABC  là tam giác đều. 

 b). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
4 1

x y
E   . Tìm tọa độ các điểm A  và  

 B  thuộc  E  có hoành độ dương sao cho tam giác OAB  cân tại O  và có diện tích lớn nhất. 

 c). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
9 1

x y
E    và điểm  3;0A . Tìm tọa độ  

 các điểm B , C  thuộc  E  sao cho tam giác ABC  vuông cân tại A , biết B  có tung độ dương. 
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Bài tập 13.  

 a). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
16 5

x y
E     và hai điểm  5; 1A   ,  

 ( 1;1)B  . Xác đinh tọa độ điểm M  thuộc  E  sao cho diện tích tam giác MAB  lớn nhất. 

 b). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
8 2

x y
E     và hai điểm  3;4A ,  

 (5;3)B . Tìm trên  E  điểm C  sao cho tam giác ABC  có diện tích bằng 4,5. 

 c). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
2 1

x y
E   . Tìm trên  E  những điểm  

 sao cho khoảng cách từ điểm đó đến đường thẳng : 2 3 1 0d x y    là lớn nhất. 
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Bài tập 14.  

 a). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
9 4

x y
E    và các điểm  3;0A  ,  

  1;0I  . Tìm tọa độ các điểm B , C thuộc  E  sao cho I  là tâm đường tròn ngoại tiếp ABC . 

 b). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
25 9

x y
E    có hai tiêu điểm 1F , 2F .  

 Tìm tọa độ điểm M  thuộc  E  sao cho bán kính đường tròn nội tiếp tam giác 1 2MF F  bằng 
4

3
. 

 c). Trong mặt phẳng Oxy , cho Elip  
2 2

: 1
25 9

x y
E    có hai tiêu điểm 1F , 2F . Tìm tọa độ điểm  

 M  thuộc  E  sao cho đường phân giác trong góc 1 2F MF  đi qua điểm 
48

;0
25

N
 
 
 

. 
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Bài tập 15. Trong mặt phẳng Oxy , cho elip (E): 
2 2

1
25 9

x y
  có tiêu điểm 1F  và 2F .  

Tìm điểm M trên  E sao cho   

 a). Điểm M có tung gấp ba lần hoành độ. 
 b). 1 22MF MF                      

 c). 0

1 2 60F MF  . 

 d). Diện tích tam giác OAM  lớn nhất với  1;1A . 

Lời giải 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

Bài tập 16. Cho elip (E) : 
2 2

1
4 1

x y
   và  2;0C . Tìm ,A B  thuộc (E) biết ,A B  đối xứng nhau 

qua trục hoành và tam giác ABC  đều. 

Lời giải 
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 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................  

 ..........................................................................................................................................................................................................     

 .........................................................................................................................................................................................................  

 .........................................................................................................................................................................................................     

3. Câu hỏi trắc nghiệm.  

Câu 46. Cho elip  
2 2

2 2
: 1

x y
E

a b
   với 0.a b   Gọi 2c  là tiêu cự của  E . Trong các mệnh đề 

sau, mệnh đề nào đúng? 

 A. 2 2 2.c a b    B. 2 2 2.b a c   C. 2 2 2.a b c   D. .c a b   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 47. Cho elip có hai tiêu điểm 1 2,  F F  và có độ dài trục lớn bằng 2a . Trong các mệnh đề sau, 

mệnh đề nào đúng? 
 A. 1 22 .a F F   B. 1 22 .a F F  C. 1 22 .a F F  D. 1 24 .a F F  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 48. Cho elip  
2 2

: 1
25 9

x y
E   . Hai điểm ,  A B  là hai đỉnh của elip lần lượt nằm trên hai trục 

Ox , Oy . Khi đó độ dài đoạn thẳng AB  bằng: 

 A.34.  B. 34.   C. 5.  D. 136.  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 49. Một elip  E  có trục lớn dài gấp 3 lần trục nhỏ. Tỉ số e  của tiêu cự với độ dài trục lớn 

bằng: 

 A. 
1

.
3

e    B. 
2

.
3

e    C. 
3

.
3

e    D. 
2 2

.
3

e    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 50. Một elip  E  có khoảng cách giữa hai đỉnh kế tiếp nhau gấp 
3

2
 lần tiêu cự của nó. Tỉ số 

e  của tiêu cự với độ dài trục lớn bằng: 

 A. 
5

.
5

e    B. 
2

.
5

e    C. 
3

.
5

e    D. 
2

.
5

e   

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 51. Cho điểm  2;3M  nằm trên đường elip  E  có phương trình chính tắc: 
2 2

2 2
1

x y

a b
  . 

Trong các điểm sau đây điểm nào không nằm trên  E : 

 A.  1 2;3 .M    B.  2 2; 3 .M   C.  3 2; 3 .M    D.  4 3;2 .M  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 52. Cho elip  
2 2

2 2
: 1

x y
E

a b
  . Khẳng định nào sau đây là đúng? 

 A.  E  không có trục đối xứng. 

 B.  E  có một trục đối xứng là trục hoành. 

 C.  E  có hai trục đối xứng là trục hoành và trục tung. 

 D.  E  có vô số trục đối xứng. 

Lời giải. 
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 53. Cho elip  
2 2

2 2
: 1

x y
E

a b
  . Khẳng định nào sau đây là đúng? 

 A.  E  không có tâm đối xứng.  B.  E  có đúng một tâm đối xứng. 

 C.  E  có hai tâm đối xứng.  D.  E  có vô số tâm đối xứng. 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 54. Elip  E  có độ dài trục bé bằng tiêu cự. Tỉ số e  của tiêu cự với độ dài trục lớn của  E  

bằng: 

 A. 1e  . B. 2e  . C. 
1

2
e  . D. 

1

3
e  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 55. Elip  E  có hai đỉnh trên trục nhỏ cùng với hai tiêu điểm tạo thành một hình vuông. Tỉ 

số e  của tiêu cự với độ dài trục lớn của  E  bằng: 

 A. 1e  . B. 2e  . C. 
1

2
e  . D. 

1

3
e  . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 56. Elip  E  có độ dài trục lớn bằng 4 2 , các đỉnh trên trục nhỏ và các tiêu điểm của elip 

cùng nằm trên một đường tròn. Độ dài trục nhỏ của  E  bằng: 

 A. 2.   B. 4.   C. 8.  D. 16.  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 57. Cho elip  
2 2

916
: 1

x y
E    và M  là một điểm tùy ý trên  E . Khi đó: 

 A. 3 4.OM   B. 4 5.OM    C. 5.OM    D. 3.OM    

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 58. Cho elip  
2 2

: + 1
169 144

x y
E   và điểm M  nằm trên  E . Nếu M  có hoành độ bằng 13  thì 

khoảng cách từ M  đến hai tiêu điểm bằng: 

 A. 10 và 6. B. 8 và 18. C. 13 5 . D. 13 10 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 59. Cho elip  
2 2

: + 1
16 12

x y
E   và điểm M  nằm trên  E . Nếu M  có hoành độ bằng 1 thì 

khoảng cách từ M  đến hai tiêu điểm bằng: 

 A. 3,5  và 4,5 . B. 3  và 5 . C. 4 2 . D. 
2

4
2

 . 

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

Câu 60. Cho elip có phương trình 2 216  25  100x y  . Tính tổng khoảng cách từ điểm M  thuộc 

elip có hoành độ bằng 2  đến hai tiêu điểm. 

 A. 3.  B. 2 2.   C. 5 . D. 4 3.  

Lời giải. 
 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      
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 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

 ..........................................................................................................................................................................................................       .........................................................................................................................................................................................................      

DẠNG 4. Bài Toán Tương Giao 

1. Phương pháp.  

Phương trình chính tắc của    
2 2

2 2
: 1 0

x y
E a b

a b
     tương giao với đường thẳng 

   : 0Ax By C     khi hệ phương trình 

2 2

2 2
1

0

x y

a b

Ax Bx C


 


   

có nghiệm, hoặc vô nghiệm.  

2. Bài tập minh họa.  

Bài tập 17.   

 a). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip  
2 2

: 1
25 9

x y
E    và điểm  1;1M .  

 Viết phương trình đường thẳng   đi qua M  và cắt  E  tại hai điểm phân biệt A , B  sao cho  

 M  là trung điểm AB . 

 b). Trong mặt phẳng Oxy , cho Elip  
2 2

: 1
4 1

x y
E    và điểm 

2 2
;

3 3
M
 
 
 

. Viết phương trình  

 đường thẳng đi qua M  và cắt  E  tại hai điểm phân biệt A , B  sao cho 2MA MB . 

 c).Trong mặt phẳng Oxy , cho Elip  
2 2

: 1
4 1

x y
E    và đường thẳng : 2 3 0d x y   . Viết  

 phương trình đường thẳng   vuông góc d  và cắt  E  tại hai điểm A , B  sao cho tam giác  

 OAB  có diện tích bằng 1. 

 d). Trong mặt phẳng với hệ tọa độ Oxy , cho Elip   2 2: 3 6E x y   có hai tiêu điểm 1F , 2F   

 trong đó 1F  có hoành độ âm. Gọi d  là đường thẳng đi qua 2F  và song song với : 1y x      

 đồng thời cắt  E  tại hai điểm A , B  phân biệt. Tính diện tích tam giác 1ABF . 

Lời giải 
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Bài tập 18.  

 a). Trong mặt phẳng Oxy , cho Elip  
2 2

: 1
8 4

x y
E    và đường thẳng : 2 2 0d x y   .  

 Đường thẳng d  cắt  E  tại hai điểm A , B .  

 Tìm tọa độ điểm C  trên  E  sao cho tam giác ABC  cân tại C . 

 b). Trong mặt phẳng Oxy , cho Elip  
2 2

: 1
16 9

x y
E    và đường thẳng : 3 4 12 0d x y   .  

 Đường thẳng d  cắt  E  tại hai điểm A , B . Tìm tọa độ điểm C  trên  E  sao cho tam giác  

 ABC  có điện tích bằng 6. 
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Câu 61. Cho elip  
2 2

: 1
100 36

x y
E   . Qua một tiêu điểm của  E  dựng đường thẳng song song với 

trục Oy  và cắt  E  tại hai điểm M  và N .  

 Tính độ dài MN . 

 A. 
64

5
. B. 

36

5
.  C. 25 . D. 

25

2
. 
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Câu 62. Cho  
2 2

: 1
20 16

x y
E   . Một đường thẳng đi qua điểm  2;2A  và song song với trục hoành 

cắt  E  tại hai điểm phân biệt M  và N . Tính độ dài MN . 

 A. 3 5.  B. 15 2.  C. 2 15.  D. 5 3.  

Lời giải. 
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Câu 63. Dây cung của elip  
2 2

2 2
: 1

x y
E

a b
    0 b a   vuông góc với trục lớn tại tiêu điểm có độ 

dài bằng: 

 A. 
22c

a
. B. 

22b

a
.  C. 

22a

c
. D. 

2a

c
. 
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Câu 64. Đường thẳng : 3 4 12 0d x y    cắt elip  
2 2

: 1
16 9

x y
E    tại hai điểm phân biệt M  và 

N . Khi đó độ dài đoạn thẳng MN  bằng: 
 A. 3.  B. 4.   C. 5.  D. 25.   
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Câu 65. Giá trị của m  để đường thẳng : 2 0x y m     cắt elip  
2 2

: 1
4 1

x y
E    tại hai điểm 

phân biệt là: 

 A. 2 2.m      B. 2 2.m    

 C. 2 2.m      D. 2 2 2 2.m     
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