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ON THI THPT Q,UC)C GIA 2020-2021

GIAI TiCH 12 - CHUONG It

Lap tain iy Thing Bk Bioi: ——— DAY THAT — HOC THAT - GIA TRI THAT
CHUONG III. NGUYEN HAM - TIiCH PHAN VA UNG DUNG

IBAM 11z RIGU Y IERI IHI KAl

Chuyén pé 1: NGUYEN HAM CO BAN- NGUYEN HAM M0 RONG
A: KIEN THUC CAN NHO

1. Nguyén ham.

Chohim s6 f(x) xic dinh trén K .Hamsé F(x) dugc goi la nguyén ham ciia ham s6 f(x) trén K
néu: F(X) = f(x),vX cK.

* Khidé F(x)+C dugc goilaho nguyén ham cia f(x)

e Kihi¢u: [f(x)dx = F(x)+C e F'(x)=f(x)

¢ Luuy: [f(x)dx dugcgoilanguyénhim ctia f(x) theobién x.

e Coéng thiic bién déi vi phan: d|u(x) | =u/(x)dx

2. Tinh chdt ciia nguyén ham.
o Tinhchit 1: ([f(x)dx) =£(x) va [£(x)ix=£(x)+C
e Tinhchdt2: [kf(x)dx = k[£(x)dx v6i k lahing s6khic 0.

e Tinh chat 3: I[f(x)ig(x)} dx = [£(x) dx + [g(x) dx

3. Bdng nguyén ham.

Ham s so cap Ham s6 mé rong Ham s6 hop
[dx=x+C [adx = ax+C (a#0) [du=u+C
a+ @l o+l
T e BN (S Lot O B R G
a «
IldX=1n|X|+C #bdx=lln|ax+b|+c jldu=ln|u|+0
X ax + a u
jexdx =e*+C je‘"‘“”dx = les”“” +C J.e"du =e'+C
a
Iaxdx=i+C(0<a¢1) Ja"“ﬁdX:lgfhﬂ+C(0<a¢1) Ia”du:%+0(0<a¢1)
na a lna
Icosxdx=sinx+C J'cos(ax+b)dx=lsin(ax+b)+c Icosudu=sinu+C
a
Isinxdx=—cosx+C jsin(ax+b)dx=—lcos(ax+b)+C jsinudu=—cosu+C
a
-[de tanx+C mdx=itan(ax+b)+0 Iadu s O
fsnl—xdx——cotx+0 Iw —;COt(3X+b) +C _[Sm—udu——cotu+c

e - |
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B: MOT SO DANG TOAN
Dang 1: Cac bai toan st dung dinh nghia, tinh chat nguyén ham va bang nguyén ham so cip

Bai toan 1: Tim nguyén ham ciia ham s6 bang bang nguyén ham

Phuong phap:
v C4n nim viing bing nguyén ham so cép.
v Nguyén him ctia mét tich (thuong) ctia nhiéu ham s6 khéng bao gid bing tich (thuong) cia cdc nguyén
ham ctia nhitng ham thanh phén.
v Muén tim nguyén ham ctia mét ham s6, ta phai bién déi ham s6 ndy thanh mét tong hodc hi¢u cta nhiing

ham s6 tim dugc nguyén ham (dya vao bang nguyén ham)

» Tim nguyén ham cia ham da thiic, phan thuc
St dung céc cong thic sau d€ tinh:

IdX=X+C IX’vdXZ;((:11+C(a¢—1) J-idX:h’l|X|+C

Chii y: Biéu dién lay thtta dang chinh tic:

1 o . 1
o .{"X — xn o ?’Xm —xn % e x "

X
o 1 — X_% oo 1 — Xﬁﬁ
‘1\1/; 8 gm
r— ir}l}lédyéﬁﬁa}n'c;éﬁa}n'sé's;u' ............................................................................................................................. _:
: a. f(x)=6x5—12x3+xz—8 c. f(X)=2 X—%+%+312 :
! X X :
| |
i 41 i
L e T =) 1 ]
7P WA\ === o
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» Tim nguyén ham céa hAm ma
St dung cdc cong thic sau d€ tinh:
Iede:ex+C Iaxdx: a +C(O<a¢1)

na

B ———

Brip 567 a. F(X)=z+c b. F(X)=28X—X+C.

n7

> Tim nguyén ham cida ham lugng gidc
St dung céc cong thiic sau d€ tinh:

° Icosde:sinx+C ° J.SinXdX=—COSX+C

1
° ILdX:tanx+C ° ITdX=—COtX+C
cos’x sin® x

Chii y:

. 1—cos2x o 2 1 .
% sinfx=—"T" ¢ tan®x=——-1 % sin®x+cos’x =1
2 cos X
1+ cos2x
R/ ¢ 2 .
< cos’x = T W ocot'x=——0—— 1 ¢ cos 2x = cos’x —sin® x
sin® x

Tim nguyén ham cdc ham s6 sau:

cos2x

1

sin? x.cos’x

1
a. f(X)zsinX_Qcosx b. f(X)=tan2X E

c. f(x)z

o o R R R e sen s e o - R R mq‘"; L ‘W“‘" ‘ S S SN NS NS S S NSNS NSNS NSNS SNT SRS NS S SNC NSNS S SNS NSNS SNTNNSSNS NS NNT NSNS SNSSNS NSNS SNSGNSgnfgssisinsessis
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Prip s6> a. F(X)=—c0sx—23inX+C . b. F(x)ztanx—x+C .

C. F(X)=tanx—cotX+C . d. F(x):—cotx—tanX+C.

Bai todn 2: Chiing minh F'( x) 1a mét nguyén ham caa f(x
g guy!

Phuong phép:
bé F(X) la mét nguyén ham ctia ham s6 f(x) trén K ta can ching minh: F’(X) = f(X) Vxe K
)

Chtng minh ring F (X) la mot nguyén ham ctia ham s6 £ (X) biét:
a. F(x)=5x" +4x* ~Tx+120 v f(x)=15x" +8x -7

b. F(X)=1n(X+\/X2_+3) va f(X): 1

m_ .......................................................................................................................................................................... -1
i
i

: Chiting minh ring F(x) la mét nguyén ham cta ham s6 f(x) biét: F(x) = (4X - 5)ex va f(x) = (4X - 1) e*.




Cumy lad #hic hay it l plbe thade vao di liie cia ngiy fom nay 7 09411.02468— 0987.154.555

Chiing minh ring ham s6 F (X) la mét nguyén ham caa £ (X) trén R biét

(s -  r(x)=

1
e khi x>0 e khi x>0
x*+x+1 khi x<0 2x+1 khi x<0 :

Bai todn 3: Xdc dinh nguyén ham véi di€u kién rang budc.
Phuong phdp: Tim nguyén ham ctia ham s6 f(x), tdc di tinh I f(x)dx = F(x)+C.
Roi sau d6 thé F(x, )+ C =--- détim hingss C.

1 +1

a. f(x) = xvx + —=, biét F(1)=-2 b. f(x)= x* , biét F(l):%

s

X

o bs & st: Thong Dink Dink
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Prip si> a. F(X)Z%\/X_5+2\/_—2—52 b. F(X)=%2+ln|x|+l

%w‘? f(x)=3x—5sinx+5 A

Phuong phip: & F(X) la mét nguyén ham cta ham s6 f(x) trén K < F'(X) = f(x) ,Vx e K. Tu d6, ta st

dung d6ng nhit thic, diéu kién can va da, diéu kién ton tai nguyén ham dé tim ra tham s6 cén tim.

: ! de 13 md an him i i F(X)=mX3+(3m+2)X2—4x+3
: Tim m eF(x) a mot nguyén ham cua f(x),blet f(X)=3X2+1Ox—4
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: F(X)=(Za+1)sinx+(3b—2)sin2x+(5c—7)sin3x

f(X) =Cos 2X

Xac dinh a,b d¢hamsé F (x) la mét nguyén ham ctia ham s6 £ (X) trén R biét

1
x*  khi x<1 2x khi x>1
ax+b khi x>1 2 khi x<1 :

Ciany 7 | o bs & st: Thong Dink Dink
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BPrip 56- {ba - 21 thi F (x) 12 mot nguyén ham ctia hAim sé f (x) .

Dang 2: Tim nguyén ham bang céng thiic mé rong

PHUONG PHAP CHUNG :
1. Phuong phdp vi phdn:

St dung cong thic vi phan d[f(x)] = f’(x)dx dé hiéu néu cé cong thic Idx =x+C thi sé c6 cong thiic

Id[f(x)}f(x)w.

Mot s6 bién doi vi phdn cdn nhé:

(COSX)dX = d(sinx) (sinx)dx = d(—cosx) 1
COosS X

dX=d(—cotX) eXdX=d(eX) aXdX=d[1ax ]
na

dx = d(tanx)

1

sin” x

ldx:d(lnx) idx:d(le;) de=d[1n(x+1)]

X \/; x+1

(1 +tan® X)dX = 12 dx = d(tanx) (1 + cot® X)dX =
Cos X

1

i x dx = d(—cotx)

St dyng cong thic d(aX + b) =adx=dx = l.d(ax +b)| vaBang nguyén ham mé rong.
a

Bai toan 1: Tim nguyén ham cia ham da thic.

St dung cic cong thic sau dé tinh

L J(ax+byx = Ié(ax+b)d(ax+b):é(ax+b)+0
2, J.(ax+b)adX=J%(aX+b)ad(ax+b)=i(axa+bl)

+C

(ax+b)=b

Luuy: x = day la cdch d6i bién thuong ding.

a
eEeem |
i
i
3 1

Tim nguyén ham:

Ciang & /
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Bl 46 a. F(x)=é1n‘5x+4‘+C. b. F(X)z(z}:(r)i()) +C
c. F(X):§¢3X—2+C. d. F(X):iln(x4+1)+0

Hz)

Bai toan 2: Tim nguyén ham ciia ham phan thic |1 = _[ x|.

Q(x)

Phuong phdp gidi: (deg la bdc ciia da thiic).
- Néu degP(x) 2 degQ(x) — > Chia da thic.

- Néu degP(X) < degQ(X) — > Xem xét miu s6 va khi d6:

Véi P(X) va Q(x) la cac da thic khong chia can

v Néu mau s6 dugc phén tich thanh tich s6, ta sé stt dung dong nhét thic dé dua vé dang téng ctia
cac phéan sé.
Mot s6 truong hop dong nhit thic thudng gip:

1 1 ( a b ]
(ax+m).(bx+n)_an—bm ax+m bx+n)

mx+n A N B _(A+B)X_(Ab+Ba) :{A+B=m
(x—a)(x—b)_x—a x-b (x—a)(x—b) Ab+Ba=-n

Ciany 9 /
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1 A B C D
+ + +

(x-a) (x=b) (x-a) (x-a) (x=b) (x-b)

v" Néu mau s6 khong phan tich dugc thanh tich s6 (bién déi va dua vé dang lugng gidc)

. dx 1 d(ax+b)_1n|ax+b|
Chiy J.ax+b_;"‘ ax+b a e
A=(ax+b] =.21X1+b
> Né& ax+b __A B = e, T .
- (X—Xl)(X—XZ) (X—X1)+(X—X2): B=[ax+b] =.91X2+b
X-X ) = X,-X

> InA+InB-= ln(AB);lnA—lnB = ln%

%’/yuﬁ? a. F(X)=X+41n|X+1|+C b. F(X):%{X+%ln|2x—l|+0} C. F(X):%2+%ln|3x—2|+c

2
b. J‘de C.I X+E
x* -1 x> +4x+4

@’M;y 0 /
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x-3
x+1

2+C

xX+2

Brip 56 a. F(X) =—In

4

+C b. F(X)=%IH‘X2—1‘+C c. F(X)=X—3ln‘X+2‘—

Bai toan 3: Tim nguyén ham ctia ham mi.

S dung cong thiic: 1. jea’”bdx = Ileﬂx*bd(ax + b) _Lewo o
a a

o) J‘aaerﬂdX — lja‘!X+’3d(OzX + B) = l ™ +C (0 <a# 1)
‘ @ o lna .
— ’_I‘i;n_néujyéﬁ};ah; .................................................................................................................................................. _:
: . jeSX_Z()lst b. J‘(52X—zooo +ezx)dX c. jhl_XdX d. e* - dx i
: X (ex +1
G : -
o 3x-2018 2x-2000777 2 1 -1
Pugp . |F(x) - v F(x)= - +62 +cl e F(X)=§ln2x+0 d. F(x)zex+1+C.

Bai todn 4: Tim nguyén ham cia ham lugng giac.

S# dung cdc cong thiic:
. 1. ~ cos(ax+b)

1. Is1n(ax+b)dx—;Is1n(ax+b)d(ax+b)—— " +C.

2. Jcos(ax+b)dx = ij'cos(ax+b)d(ax+b) = Sma(ji;b) +C.

3 [———dx == ;d(aerb):MJrC.
cos (ax+b) a cosz(ax+b) a

B .;d(ax+b)=—00t(ax+b)+0.
sin (ax+b) a s1n2(ax+b) a

Chiiy:
V" Tichlugng gidc bic mot cua sin va cosin —— khai trién theo cong thic tich thanh téng.

®  cos ax.cos bx = %[cos (akb)x\-i-cos (a + b)X]

Ciany 11 / ‘ i o bs & st: Théng Dinh Dinh
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®  sin ax.sin bx =%[c0s (a—b)x—cos (a+b)x}

®  sin ax.cos bx = %[sin(a — b)X + sin(a + b)X:|

1-cos2a 2a_l+cos2a

b

v Biéc chin cta sin va cosin — 5 ha bac: sina =

2

BPrip 56- a. F(X)=—%COS3X+C b. F(X)zéx+ésin4x+c.

c. F(X)=1X+lsin4x+C. d. F(X)=—cosx—1cos5x+C .
2 4 5

Tim nguyén ham:

: cos’x TP sin xdx sin xdx
: a. Isinde b. I(2cosx 1) .sinxdx ¢ I—Scosx+1 d. I—m

Brip 56 a. F(X):ln‘sinx‘+ic052x+0 . b. F(X):—%(2cosx—1)4+0

. F(X)z—\/1+2cosx+C

C. F(x) = ln|3cosx+1|+C .

Ciany 12 / o bs & st: Thong Dinh Dinh
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C:BAl TAP TRAC NGHIEM

ON THI THPT QUOC GIA 2020-2021
GIAI TICH 18 - CHUONG III

®. j[f(x)+g(x)]dx=ff(x)dx+jg(x)dx NGRS ...

®. J.[f(x).g(x)]dxzJ'f(x)dx._[g(x)dx .........................................................................................................

©. [[F(x)=g(3)]dac = F(3)dx=[G()X | i
O [ (¥)cbem k] Flx)de (kv O el)

Céau 2: (THONGMATHS) Trong cac khing dinh duéi day, c6 bao nhiéu khing dinh dung?
(1): Moi ham s6 lién tuc trén [a;b] déu cé dao ham trén [a;b].

(2): Moi ham s6 lién tuc trén [a;b] déu cé nguyén ham trén [a;b].

(3): Moi ham s6 dao ham trén [a;b] déu cé nguyén ham trén [a;b].

(4): Moi ham s6 lién tuc trén [a;b] déu cé gié tri 6n nhét va gié tri nhé nhit trén [a;b].

®. 2. ®. 3 O 277 0 . A N
©. 1 O B B N N

Cau 3: (THONGMATHS) Cho F(x) 1a mét nguyén ham ciahdm s6 y = x*. Gid tri ctia biéu thic F'(4) 1a

©0e®
5 © BN

Céau4: (THONGMATHS) Ho nguyén ham ctiaham s6 f(x)=x>+x+11a

4 2 ~

@A, XiX . N GLEEERE ...
A
4 2

. .........................................................................................................

—+—+x+C.

4 2 .........................................................................................................
x2 .........................................................................................................

X T b G
2

B C .

® o

Cau §: (THONGMATHS) Tim ho nguyén ham ctiaham s f(x) = 4x® +2x + S

@. If(x)dx=%4+x2+ ~+C. \o‘@ligm’; .......................................................................................
®. If(x)dx=%4+2x+&+c. e
©. [f(x)dx=x*+x*+Jx+C. e

1

4x\/;

+C.

®. .[f(x)dx =12x" +2-

Ciang 13 /
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Cau 6: (THONGMATHS) Cho F(x) 1a mot nguyén ham ciahdmsé f(x)=x*-2x+3 théaman F(0) =2, gid tri

ctia F(1) bang

®. 4
13
®. 5
©. 2
11
. 5

Cau7: (THONGMATHS) Két qua ctia nguyén ham [ = j(x +1)(2x-3)dx la:

I:2x3+lx2+3x+C,CeR.

® ©

x2
I=(—+xj(x2—3x)+C,CelR.
2

©. 1=§x3—%x2+c,c€m{.
O. I:§x3—%x2—3x+C,CeR.

Cau 8: (THONGMATHS) Choham sé f(x) théaman f"(x)=12x>+6x—-4 va f(0)=1, f(1)=3.Tinh f(-1).

® ®
k,.’
=
I
IE
L

©. rio-2aE 2 o
®. f(x):%—%2+1

Cau 10: (THONGMATHS) Biét F(x)= (ax2 +bx+ c)\/2x—3 (a, b, c €Z) lamot nguyén ham cta ham sé

_ 20x*-30x+11

f x) V2x-3

—

trén khoang [g;ﬂoj.Tinh T=a+b+c.

Il
N O U o

®0e®
S

Cau 11: (THONGMATHS) Tim | Lax
X

@. J‘igdx=1+c
x x
1 1
. j—deZ——+C
x x
©. jidx:L+C
x? 2x

O. j%dx =lnx*+C
x

@’Mly 74 /
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Cau 12: (THONGMATHS) Ho nguyén ham ciaham s6 f(x)

_1+2x°
x

In|x|+2x* +C.

21n|x|+x2+c. .........................................................................................................

In|x|+x*+C.

©0ee

ln|x2| x4 C.

Cau 13: (THONGMATHS) Ho nguyén ham cud ham s6 f (x) = 4x° - 120181
x

%x6+1n|x|+2018x+c NGLEGERE: ...t

® ©

§x6_1nx+2018x+c .........................................................................................................

205" 4 +C e
X

§x6—ln|x|+2018x+c .........................................................................................................

® ©

Cau 14: (THONGMATHS) Tim nguyén hdm caahimsé f(x)= x>+ =

@. If(x)dxzx_s_EJrc. NGQEGERE ..o

3 x

. J.f(x)d)C:%s—%-i-C. .........................................................................................................

S oo I | NS R,
©. If(x)dx=?+;+c. .........................................................................................................

O. J‘f(x)dng_’_i_’_c. .........................................................................................................

Céu 15: (THONGMATHS) Ho nguyén ham ciia him s f(x)=7x° + = +—= -2 I3
X X

®. x7+1n|x|_l_2x \&@’i IR . ..................... e
X

. x7+1n|x|+l_2x+c .........................................................................................................
XU M e BB

©. x' +Inx++-2x+C Sttt .....c.co oo
X

®. x7+1n|x|_l_2x+c ..................................................................................................
P

Cau 16: (THONGMATHS) Nguyén ham caahim s6 f(x)=cosx Ia

SN+ C

sinx+C

cosx+C

®oee®

—COS X + C .............................................................................................

®. If(x)dx=x2+slnx+c \&@i GG .o

®. J.f(x)dx=x2—sinx+c ...........................................................................

©. jf(x)dx=2x2+sinx+c .........................................................................................................
. If(x)dx:l—sinx+C

Ciang 15 /
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Cau 18: (THONGMATHS) Tim ho nguyén ham ciahidm s6 f(x)=sinx-cosx.

@. If(x)dx=—sinx+cosx+C.
®. J.f(x)dxzsinx+cosx+C.
©. If(x)dx=—sinx—cosx+C.
O. _[f(x)dx=sinx—cosx+C.

©0e®
o

dung?

s 31 \&iﬁﬁ(m .......................................................................................
® s(Z)-% 7| TR
®. f(m)=2n A ¢ U,

f(x)=2x-Tcosx+14

Cau21: (THONGMATHS) Tim ho nguyén ham cta ham s6 f(x)=5".

®. [f(x)ax=5"+C
®. [f(x)dx=5"In5+C
©. If(x)dx=%+c

+1

+C

®. [f(x)dx=2

e’ —sinx+C

x+1

® ®

—-sinx+C

x+1
e’ +sinx+C

x+1

© o

+sinx+C

®@. If(x)dx=e”‘+C.
®. If(x)dx=ex+x+C.
©. If(x)dx=e"+e”‘+c.
®. If(x)dx=ex+C.

Cau 24: (THONGMATHS) Ham s6 F(x)=e*

1& moét nguyén ham ctia ham s6:

@. f(x)= e”
®. f(x)=3x%e"

NG GEREL ...........coooo

@'Zﬂly Vi3 /

bs & st: Thong Dinh Dinh
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x3

e

©. f(x) = 32
D. f(x)=x’e""

Céu 25: (THONGMATHS) Néu | f (x)dx

1 +1n|2x|+ C véi x € (0;+0) thi ham s6 f(x) 1a

1 1

®. f(x):—F+;.

®. f(x)= JLQLx.
©. f(x)= %+ln(2x).
1 1

O. fx)=—=+—.

x- 2x

ORI THI WIHIIPT QUOC Gl & 2Q120- 2021

GlAl TiCcn 12 - CHUGNG I

Cau 1: (THONGMATHS) Cho ham s8 F(x) la mdt nguyén ham cta ham s8 f(x). Ménh déu nao sau

day dung?

®. [f(2x)dx=2F(2x)+C.
®. _ff(2x)dx=éF(2x)+C.
©. If(Qx)dx=%F(x)+C.
O. jf(2x)dx=F(x)+C.

O KGEGHE

Cau 2: (THONGMATHS) Ham s6 nao sau day khéng phai 1a mét nguyén ham ciua ham sg

flx)=(3x+1)°?

B = (3)61;1)6 e T
®. F(x)=(3x1;;1)6—2.

©. F(x)=(3x1;1)6.

o. F(x):(sxgl) .

Ciany 17 /
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Cau 3: (THONGMATHS) Cho ham s8 F(x) la mdt nguyén ham ctia ham sé f(x)=

x* —x*>-5x théa

F(0)=m. C6 bao nhiéu gia tri nguyén clia m dé ham s y =|F(x)| c6 7 diém cuc tri.
®. 4. @o@’iy/ﬂ/ SR
2

Cau 4: (THONGMATHS) Tim moét nguyén ham cta ham so6 = .

( ) s guy f(x) m

1
@. F(x)= ) S ez gini SN
0= g

®. F(x)=vx-1. Z,.Z -

Cau 5: (THONGMATHS) Tim ham s6 F(x) thoéa man cac diéu kién: F'(x)=

2x° —x

Jxt—x2+1

va F(0)=1

Fl)=x*—x*+1+x.
Fl)=x*—x*+1-x.
F(x)=x*—x*+1.

1

Jxt—x2+1 '

S e yini

F(x)=

Cau 6: (THONGMATHS) T4t ci nguyén ham cia ham s6 f(x)=

1
2x+3

la

x-2
x+1

11
] +C.
11
j +C..

1
ol
1
il

x—2
x+1

@. éln(2x+3)+c.. %1n|2x+3|+C. (L7 77 R R L S —
©. Inj2x+3)+C. ®. ——Inf2x+3[+C NE=Z
In2
(x_2)10
+1)"
Cau 7: (THONGMATHS) Nguyén ham (1)
11 ,
@. l(x_Qj +C. @otjk'ffﬁi . - S e
3 x+l oo von - vos oo oo oo oo son - P P s s00 soe
x-2
11[x+1j i e e
.

Cau 8: (THONGMATHS) Biét rdng F(x) la mét nguyén ham trén R cta ham s6 f(x)=

man F(1)=0. Tim gia tri nhé nhit m cta F(x).

2017x

1
. Mm=——.

® 2

1_22017

22018

1+ 22017

®. m=
©. m=

) B
. m==
© > e

@o@’% e

Ciany 18 /
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Cau 9: (THONGMATHS) Ham s6 nao sau day khéng phai la nguyén ham ciua ham s f(x)

= 1 ?
2x+1

F(x)=In[2x+1]+1.

® ©

F(x)= éln|2x+1|+2 .

F(x)

Linfax+2+3.
2

© ©

F(x)= %ln(4x2 +4x+1)+3.

Cau 10: (THONGMATHS) Biét F(x) la mdt nguyén ham cta f(x)

— va F(2)=1.Tinh F(3).
x_

@®. F(3)=In2-1.®. F(3)=In2+1.

©. F(3)=5.©. F(3)-

ENIEN|

Cau 11: (THONGMATHS) Cho F(x

Tinh F(-2).

2
) la nguyén ham ctia ham s6 f(x)= LX;I
x+

@.
®.
©. F
®.

Cau 12: (THONGMATHS) Cho ham s8 f(x) xac dinh trén R\{-2} théa man f'(x)=

3x-1
x+2°

f(-4)=2. Gia tri cua biéu thirc f(2)+ f(-6) bang

@. 10-1n2.
3-141In2.
3+141n2.

®.
©.
O®. 10+1n2.

Cau 13: (THONGMATHS) Cho ham s6 f(x) xac dinh trén R\{ } thoa man

1
2

1,f(1)=2. Gia tri ciia biéu thitc f(-1)+ f(3) bing

4+1nl5.
2+Inl5.
3+Inl5.
In15.

©o0ee

O SGEGHE

x2+1

Cau 14: (THONGMATHS) Biét [—
X

— 6dx=ln‘(x—1)m(x—2)"(x—3)p‘+C.Tinh 4(m+n+p).
—6x" +11x—

®
A N O U

®.
©.
®.

GG

Ciany 19 /
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Cau 15: (THONGMATHS) Cho ham s8 f(x) xac dinh trén R\{-11} théa man f'(x)=

x*-1’
F(5)+£(5)= f(%lj+ f@ —4.Tinh F(=2)+ £(0)+f(4), két qua bing
. [sq el

. 4+In|=|.
© n(sj
O. 5-In3.
Cau 16: (THONGMATHS) Tim nguyén ham F(x) cia ham s8 f(x)=sin2x , biét F(%] =0.
@. F (x) = _Elcos 2x +% . @o@’y/di B
®. F(x)=cos’x —% ) e
©. F(x)=sin’x-1. Gemmame
©. F(x)=rcos2x. e .
Cau 17: (THONGMATHS) Ho nguyén ham cia ham s8 f(x)= Za gl Teosx la
X +

®. éln|2x+1|+sinx+c. Sh77 e e e R e
®. %1n|2x+1|—sinx+c. Ly E—3 e o e e e
©. s> +sinx+C. e == B o

2(2x+1)
®. In]2x+1|+sinx+C.

Cau 18: (THONGMATHS) Cho F(x)=cos2x-sinx+C la nguyén ham ctia ham s8 f(x). Tinh f(m).

@o@'/fﬂf

Cau 19: (THONGMATHS) Ho nguyén ham cta ham s6 f(x)=sin2x+cosx la

—cos2x+sinx+C.
cos?x—sinx+C.

sin* x+sinx +C.

©0® e

cos2x—sinx+C.

Cau 20: (THONGMATHS) Ho nguyén ham cua ham s0 f (x) 2x+sm2x la

2

xz—%cos2x+c.

®

x2+%COSQX+C.

x* —2cos2x+C.
xX* +2cos2x+C.

© 0

& g

Q
o
c
N
[y
=
=]
(e}
2
()]
=
>
=
o
2
=
3
:
<
@
B
=y
ml
3
ol
o)
c
)
Br
)
3
»
o
=
N
b3
+
@
o]
w
B3
[on
o
)
L
w(N

Ciang 20 /
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@. F(x)=2x"+cos3x —% ) Sl gihi oo
®. F(x)=2x’-cos3x +§ : R
©. F(x)=2x"+ %cos 3x +% : :
D®. F(x)=2x"- %cos 3x+1. B o

Cau 22: (THONGMATHS) Cho biét F(x)

nguyén ham ctia g(x)=xcosax.

%xs r2x-2 1a mot nguyén ham cia f(x)=
X

@. xsinx-cosx+C. S L, o

_ 1 xsin2x — %COS 2x+C. e etttk 2 s s S s i 2 s s s s s i
©. xsinx+cosx+C. - B
®. é x Sin 2x + i COS 2x + C . . pe 400 000 200 s0s b0s s0s s0s 0s ses ss s0s s0s ses 40s 20s bes 40 200 204 bes sss s0s b0s ses ses sss ses ses ses ses .. e

Cau 23: (THONGMATHS) Biét F(x) la mot nguyén ham cia ham s6 f(x)=sin’x.cosx va F(0)=rm.

Tim F(Ej .
2
VA T

®. F£5j=—n.. F(Ej S G ...

=——4T1 P e e s oI 00 00 P P P > P - e
3 T
CFlE=2in. 0. F|L|=x.
Cau 24: (THONGMATHS) Tim ho nguyén ham cua ham sO f ( x)=cos’x la
X s1n2x ic.® = 0032x+c. @o@y/ﬂ,” -

®.

4
s1n 2x
4

2
n

2

cos 2x 2x
T4

©. +C.D. +C.

Cau 25: (THONGMATHS) Biét J.xcos 2xdx = axsin2x +bcos2x+Cv6i a,b 1a cac s6 hiru ti. Tinh tich a.b

®. ab= Saigthic ...

-bll—- OOI

. ab = .
©. ab= -1 ”;: :
O ab-— R

2018x

2018x

Cau 26: (THONGMATHS) Tim ho nguyén ham cta ham s6 f(x)=
——e

®. [F()dx=3575

®. J‘f dx e2018x |

©. [f(x)dx=2018e"""+C.
©. [f(x)dx=e*""1In2018+C.

S o

Cau 27: (THONGMATHS) Tim nguyén ham 7 cua ham sé £

x)

2x

2x

®. F(x)=e*.®. F(x)=— e
©. F(x)=2e*-1.D. F(x)= T — T —

Ciang 2 /
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@. jf(x)dx=ln2x+C. & KGR e
®. If(x)dx=%1n2x+C. e e

©. If(x)d.x=1nx+C. B B

®. jf(x)dx=e"+C. T T

o . . 1+Inx 8
Cau 29: (THONGMATHS) Nguyén ham j—dx(x >0) bang
x
@. %an x+Inx+C. O SKGEJHE

x+In*x+C.

®.
©.

®. x+%1n2x+C.

In*x+lnx+C.

Cau 30: (THONGMATHS) Cho F(x)= x

ctia ham s6 f'(x).e**.

®. [f'(x).€”dx=2x"-2x+C.
®. If'(x).eQxdx=—2x2+2x+C.
©. Jf‘(x).e”‘dx=—x2+x+c.

®. If'(x).e“dx=—x2+2x+c.

Cianyg 22 /
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ORI WHIN WHIPT QUOC Gl & 2020-2021

GIAI TiCH 12 - CHUONG It

CHUONG III. NGUYEN HAM - TIiCH PHAN VA UNG DUNG

Chuyén B¢ 2: CAC PHUONG PHAP TiM NGUYEN HAM
A: KIEN THUC CAN NHG.

1. Phuong phdp d6i bién so:

Dua vao dinh ly: Cho ham s6 u= u(x) c6 daoham valién tuctrén K, hamsé y = f (u) lién tuc sao cho f [u(x)]

xac dinh trén K.

Khi d6 néu F la mét nguyén ham cua f ticla J.f(u)du = F(u)+C thi If[u(x)}dx = F[u(x)}+C .

2. Phuong phdp nguyén ham tiing phdn:

Cong thic: I= IP(X).Q(X)dX -1 =Iudv =uv —Jvdu
Ve u=P(x) . du:P'(x)dX " u=Q(x) N duzQ'(X)dX.
{dV=Q(X)dX {V=IQ(X)dX 4 {dv=P(x)dX {V=J-P(X)dx

Thudng sit dung phuong phdp nguyén ham tiing phdn cho cdc nguyén ham cé dang jf(x).g(x)dx la hai trong bon

logi: da thilc, lugng gidc, mii, loga.

Thii ty wu tién chon u: Loga — da thitc — lugng gidc = mii.
B: MOT SO Vi DU

25x” +1

o jf(zx):ix=x2—3x+cTmhjf(x—z)dx ........................................................................................................ 5

N —

Digp 46 jf(x-2)alx=%2—5X+c1 :

Ciany 23 /
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i Tinh cdc nguyén ham sau:
i

i _ B sinx _ sinx—cosx _ dx
: a. I—J.cos(7x+5)dx b. J—Icosx.e dx c. K_I—sinx+cosxdx d. H '[—X.lnx.ln(lnx)
e M- dx £ N=[(2x+1)"dsx ¢ A=[x(1-x)"d b, B[ 5XdK
MmN At e e
Diip 56 a. I=%sin(7x+5)+C b. [J =& +C c. |[K =—1n|sinx+cosx|+C
1 (2X +1)19
d. H=ln‘ln(lnx)‘+0 e. M =—Incosx|+C £ [N =2 +C
27 19
30 29
g. O N el P k. B=X3—(X2—1)§+C
20 29

Ciang 24 /
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1
: Tinh nguyén ham sau: I = I dx :

)

S S

5

Khi dé: |I =

3
Chii y: Sg ditacé (1—X2) =cos’t va tant = la béi —g <t<g:>cost>0:> cos’t = cost va

cost = «ll—sinzt = \/]_—X2

i 2 i
i Tinh nguyén ham sau : I =.[ X dx i

! Vx? -1 '

Ciang 25 /
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Dip s¢: I=§X x? —1—%ln‘x—xz—1‘+c

1

cos’t.sin’t sin?2  sin®2t

‘t—sin't 4cos2t 41-sin®2 4 1
Chii j: Trong vi du nay s di ta cé cot’ £ —tan® ¢ = > t_ Acoszl _ s 2t _ : ——-1
sin2t \sin” 2t

tan

t_sint_ 2sin’t _l-cos2t 1 _ cos’2t 1 B 1 1
cost 2sint.cost sin2t sin2t \}sinz 2t sin2t \sin®2t

e .
. Tinh nguyén ham sau: I = .[ dx :
i 3 i
i (1+X2) i
Digp s |1 = ———+C

V1+x?
Chii y

1 2 = . \cos’t = cost

1. S&ditacéd = cost;sint = lado—=—<t<—=cost>0=>

J1+x2 ,/1+X2 Z 2 sint = tant.cost = ——

V1+x*
2. Phuong phap trén dugc ap dung d€ giai bai todn téng quat I = I—,k €Z.
2k+1
,;(az+xz)

Ciang 26 /
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i Tinh cdc nguyén ham sau:

E a. I=Isin3 x+cosxdx b. dJ :_‘- dx c. K:Ier2+1nde

I Vl+e* -1 N
V1+e® +1

i Tinh cdc nguyén ham sau: ‘-
: a. I =IX2 In xdx b. J:Ie" sin xdx c. sz.(xz +2X)sinxdx. ;

o e om0 8 8 8 8 8 8 8 O S O S —_ -

QBJHAL o

Ciany 27 | o bs & st: Thong Dink Dink
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3 3
Dip 567 a. I:X—Inx—%+C . b. Jz—%e" cosx+%exsinX+C

c. |[K= —(X2 +2X)COSX+(2X+2)SinX+2COSX+C

................................................................................................................................................................................................... -1

: Tinh nguyén ham sau: I = I Jx2 + adx :

o oo om0 8 8 8 8 O 8 O S Ot S o —_ -

Ciary % | o bs & st: Thong Dink Dink
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2
aln X+‘\/X +a
_X\/X2+a+ ‘

Ciang 29 /
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e 3e® 1 5e*+1
=—lne+—+—= |

7 |F(e)

C: BAI TAP REN LUYEN

ORI WHIN WHIPT QUOC Gl % 202020121

GlAl TiCcH 12 - CHUGNG Il

Cau 1: (THONGMATHS) Cho [ f(x)dx =

F(x)+C.Khidé I=|f(2x)dx bang

@. I1=2F(x)+C.
®. I=%F(x)+C.
©. 1=2F(2x)+C.

®. I:%F(Qx)+C.

Cau 2: (THONGMATHS) Nguyén ham | 22—x+1dx c6 két qua I
X

®.
®.

©.
D.

1n|x2 +1| +C.
2.1n|x2 +1| +C.
l.ln|x2 +1| +C.
2

2x.ln|x2 + 1| +C.

Cau 3: (THONGMATHS) [x(x*+3) dx

(x2 +3)16
32
(x2 + 3)16
16
(x2 + 3)14

14
(x2 + 3)
28

+C.

®.

®.

+C.

©.

+C.

14

D.

+C.

f(Vx

x
Cau4: (THONGMATHS) Choham s6 f(x) c6 dao ham lién tuc trén khoang (0;+ ). Khi dé j—)dx bing:

®. %f(ﬁ)+c.
®. f(\/;)+c.
©. —2f(«/;)+c.

Ix

Ciang 30 /
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©. 2f(Vx)+cC.

Céau §: (THONGMATHS) Ho nguyén him ciahdm s6 f(x)=x*V4+x° 1

é (4+x3)3 +C.
W4 +x®+C.

2 4+ x°) +C.
g4+

24f(4+x3)3 +C.

©® 08 ©

(2x+3)dx

Céu 6: (THONGMATHS) Gié st |
X

phuong trinh g(x)=0.

x+1)(x+2)(x+3)+1  g(x)

®@. -1.
®. 1.
©. 3.
®. -3.

Cau7: (THONGMATHS) Biét ring trén khoang (%;Jr ooj ,hams6 £ (x)

_ 20x*-30x+7

\}2x -3

c6 mot nguyén ham

F(x)=(ax2+bx+c)\/2x—3 (a, b, c lacics6nguyén). Téng S=a+b+c bing

®.

®.
©.
D.

®
o u w &

Cau 8: (THONGMATHS) Nguyén ham ciiaham s6 f (x) = — cos 2 Ia
X X

@. I%cosgdx =—lsin2+C .
X X 2 X

®. J'igcoszdxz—lcosz+c.
X X 2 X

1 2 1. 2
©. J‘?cos;dx:531n;+C.

1 2 1 2
®. IFcos;dx ZECOS;+ C.

Cau 9: (THONGMATHS) Biét F(x) la mot nguyén ham ciiaham sé f(x) =sin® x.cos x va F(0) = . Tim F(gj .

®

B
B
5)-4o
£

®

N[s NS

=-T.
1

=——+T.
4

©

. F
. F
. F

F

©

Cau 10: (THONGMATHS) Tim ho ctia nguyén ham f(x) = tan2x.

®. jtanzxdx=2(1+tan22x)+c.

NGLUEGENE: ..o

@ﬂly E74 /
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®. Itan2x dx =—In|cos2x|+C.

©. Itan2x dx = %(1+tan2 2x)+C.

O. Itan2x dx = —%ln|0032x| +C.

Cau 11: (THONGMATHS) Ham s6 nio dudi day 1d mot nguyén ham ctia ham s6 y = 2°™.2°°*(cos x — s inx)

®. y= 231nx+cosx +C.

251nx.2(:osx
®. y=2—-=__.
YT e
©. y= 1n2.2$inx+cosx .

231nx+cosx
cYy=- +C
O y=-"1

Cau 12: (THONGMATHS) Mot nguyén ham ctahamsé f(x) =

1+sinx

@. F(x)= 1+cot(§+%).

®. F(x):2tang.
©. F(x)=1In(1+sinx).

©. F(x)=-—" e SRV S '\ VOO Y
l+tan—
2
2
Ciu 13: (THONGMATHS) Tacé dex = l(2 +3Inx)’ +C, khi d6 tich ab bing:
X a
@. ab=1. '\o’“@i’guu .......................................................................................
®. ab=1. B e N B,
2 .........................................................................................................
©. ab:l. .........................................................................................................
3 Y NN TN ] e e
®. ab=27. N | A L
Cau 14: (THONGMATHS) M6t nguyén ham caa ham s6 f(x) = 3x.e” la
®. F(x)=3e" N T S
®. F(x)=%€x2- I ...\ s occvostrssreseserstensses st sesos s
B
©. F‘(_x):S%ex2 .........................................................................................................
A s
®. F(x):x—eXQ, .........................................................................................................
2 .........................................................................................................
2 _x%+1

Cau 15: (THONGMATHS) Tim ho nguyén ham ctaham s6 f(x)=x

@. J.f(x)dx=e"3”+C.
®. [f(x)dx=3e""+C.

©. -[f(x)dx = %e"s*l +C.

3
X 3
e’y C.

®@. If(x)dxz 3

Caun 16: (THONGMATHS) Biét tich phan

1
I= '[(Qx +1)e*dx =a+be v6i a, beQ.Khidétich ab ¢ gid tri bing:
0

@. 1.
®. -1.
©. 2.

@’Mly 22 /




Cumy lad #hic hay it l plbe thade vao di liie cia ngiy fom nay 7 09411.02468— 0987.154.555

D. 3.

Cau 17: (THONGMATHS) Biét F(x) la mo6t nguyén ham cua f(x)=(4x-5)sin2x va F(0) = % .Khi d6 gié tri

F(%) béng bao nhiéu?

®@. 2.
®. -3.
©. -1.
®. 3.

1
Cau 18: (THONGMATHS) Két qua tich phén I = I(2x +3)e*dx dugc viét dudi dang I =ae+b véi a, b 1acécsé
0

hau ti. Tim khing dinh dung.

a’+b®=28.
a+2b=1.
a-b=2.
ab=3.

©0e®

@. a.b:—l.

4

©. ab=-
1

. ab=—.
D. a 5

Cau 20: (THONGMATHS) Két qua ctia I = [ xe*dx 1a

@®. I=xe*-e*+C.
®. I=e"+xe*+C.

2

©. I=%e"+C.

x2 X X
®. I=Ee +e*+C.

Cau21: (THONGMATHS) Ho nguyén ham caaham s6 f(x) = xcos2x la

xsin2x cos2x
@. > :

. xsin2x—%+c .

+C.

cos2x

©. xsin2x + +C.

xsin2x cos2x
. +
) > 2

+C.

Cau 22: (THONGMATHS) Cho F(x)= %(lnx +b) lamét nguyén ham ctaham sé f(x) = ———, trongdé a,
x

beZ.Tinh S=a+b.
@®. s=-2.
®. s=1.

@’Mly 27 /
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©. s=2.
D®. S=0.

Cau 23: (THONGMATHS) Cho F(x)

"3 la mot nguyén ham cua ham s6 M . Tim nguyén ham ctia ham s6
x x

f'(x)Inx
Inx

®. If’(x)lnxdx: o

®. If'(x)lnxdx = _lnsx

X
Inx

©. If’(x)lnxdxz e

Inx
+

D. _ff'(x)lnxdx: e

1
5x°
1

+C.

+

3x3+c'
1
—5x5+C.

+C.

Cau 24: (THONGMATHS) Cho ham s6 y = f(x) lién tuc trén doan [0;7]\ {g} théaman f'(x)=tanx,

Vxe[—%;s—nj\{z}, f(0)=0, f(m)=1.Tisd gita f(%rj va f(%] bing:

4 2

@. 2(log,e+1).

®. 2.
1(1+1n2)
2+In2

O. 2(1-log,e).

® ®
N
|
15

© ©

@’Mly I /
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ORI TrIHI TIIHIPTT QUOC Gl 4, 22 QN-2 Q21
GlAl Ticn 12 - CHUONG I

Cau 1: (THONGMATHS) Cho jf(x)dsz(x)+C. Khi If(3—2x)dx bing

®. —%F (3-2x)+C. R .-  rriiiii i
"2

©. %F(Qx)—3+c.

F(3-2x)+C

©®. —2F(2x)-3+C.

Cau 2: (THONGMATHS) j x¥x® +1dx c6 két qua la
s ,'(x + 1) O G

2

@@

%xﬁ (x +1) +C

®

%3(x2+1)4+c.

3x

@

(x +1) +C.

Cau 3: (THONGMATHS) Tinh nguyén ham I = j.Qde_x bang cach dit u=x*>-1, ménh d& nao dwdi
day dang?

@. 1=2[Judu. O G
©. I= judu.

®. I= éj«/ﬁdu.

x—3

2+0x+1

Cau 4: (THONGMATHS) Cho nguyén ham I =J. dx.Néu dit t=x+1 thi I= _[ f(t)dt trong do:

Cau 5: (THONGMATHS) Cho [2x(3x-2)°dx=A(3x-2)’ +B(3x-2)'+C véi A, BQ va CeR. Gié tri
cta biéu thirc 12A+7B bing

@ 22 & St

252
241
252

®.
©.
®.

©|\1©|%

Ciang 35 /
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Cau 6: (THONGMATHS) Nguyén ham ctia ham s6 I = I

dx
(1 4 xg)3

N1+ x?

Cau 7: (THONGMATHS) Nguyén ham ctia ham s8 f(x)=

arcsinx+C .
tarcsinx+C.

©0ee®

i arc tanx + C . 405 405 205 205 200 200 400 405 405 205 205 400 400 405 405 405 258 258 900 405 405 405 405 S48 S48 40 40 405 405 405 408 S04 00 00 405 405 404 404 S48 G00 S05 405 405 408 S48 400 S05 408 408 405 S04 SE8 80 00 408 408 408 288 408 00 G0E.

Cau 8: (THONGMATHS) Biét F(x) la mot nguyén ham ctia ham s f(x)

F(0).

_ sinx
1+3cosx

F(0)=-*In2+2.
3

® ©

F(0)=-2In2+2.
3

©. F(0)=-2mm2-2. =2/ — NN
©. F(0)=-3mn2-2. | === S

Cau 9: (THONGMATHS) Tim cac ham s6 f(x) biét f'(x)=

(2+ sinx)2 ’

_ sinx S
® f(x) (2+sinx)2+c' )

1

e —

® )=\ .c. e

" 2+cosx
1

2+sinx
sinx

©. f(x)==S0% ¢ e —

2+sinx

Cau 10: (THONGMATHS) Tim ho nguyén ham ciia ham s§ f(x)=tan®x.

®@. _f f(x)dx= itan4 x— %tan2 x+In|cosx|+C. | © OLEEGRHL

®. _ff(x)dx = %tan4x+%tan2 x —In|cosx|+C.
©. jf(x)dx = %‘can“x+%tan2 x+In|cosx|+C.

®. jf(x)dx = %tan4x—%tan2x—ln|cosx| +C.

< -3
Cau 11: (THONGMATHS) [ lsm—’jdx c6 két qua 1a
+COS X

Ciany I6 /
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1
O. 2\Eln

COS X —
COS X

(8

Cau 12: (THONGMATHS) C6 bao nhiéu gia tri thuc ciia a thudc doan {%;Qn} théa man

]ﬂ sin xdx
0 J1+3cosx

:g ?
3

©0ee
wsIN

Cau 13: (THONGMATHS) Goi F(x) la mdt nguyén ham cia ham s8 f(x)=In’x+ l‘ln_x’ ma F(1)=
x

Gia tri F?(e) bang

®.
®.
©.

Wl— O~ O] Wl

®.

T A ——

Cau 14: (THONGMATHS) Nguyén ham |

1+lnx

P

dx(x >0) bing

%1n2x+1nx+c.

x+In*x+C.
In’x+lnx+C.

©® 08 ©

x+lln2x+C.
2

Cau 15: (THONGMATHS) Tim nguyén ham cia ham s6 f(x)=—=

®@. _[f(x)dx=ln2x+C.
®. If(x)dx=%1n2x+c.

©. J.f(x)dx=1nx+C.
O. [f(x)dx=e"+C.

Ciang I7 /
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Cau 16: (THONGMATHS) Tim nguyén ham cta ham s6 f(x

)=«/_1nx.

®. _ff(x)dx = éxg (3lnx-2)+C. SGargihic ...

®. If(x)dx=§xg(31nx—2)+c.
2
—X
9
O. jf(x)dx=§x5(31nx—2)+c.

©. _[f(x)dx: g(311'1x—l)+C.

Cau 17: (THONGMATHS) Tim nguyén ham [ = [(x* -2x+3)sinx dx.

© Gaginic -

= —(x2 —2x—3)cosx+ 2(x-1)sinx+C.
=—(x—1)2005x+2(x—1)sinx+C . .
=—(x2—2x—5)cosx—2(x—l)sinx+C.

= (x—l)2 cosx—2(x-1)sinx+C.

Cau 18: (THONGMATHS) F(x) la mét nguyén ham cta ham s6 f(x)=x(2+Inx) théa man F(1)=1. Gia

tri cia F(e) bdng

4 .

® @

s 41 N A

562 _ 1 e K oA BT T vee g odb co0 s ov0 s0e oue ovs ses o0 o0s sov s0s oee o0 oee o006 ses 006 ses 008 000 Bk o0 s00 001 o00 008 05 000 006 P00 00 P0E 008 800 P0F O0E 500 005 000 00 P00 S0 s0E 008 s00 S08 s00 000 e 000 s00
©. .
®- 562 +1 . o £ e P

Cau 19: (THONGMATHS) Tim nguyén ham ctia ham s f(x

)=xIn(x+2

®. If(X) dx = x22— 4 In(x+2)- X N +C. i A

4

©. If (x)dx = Eln(x+2)— 5 iC.

xX* +4x

T

Cau 20: (THONGMATHS) Tinh F(x)= [ xcos xdx ta dwoc két qua

'11

x)=xsinx—cos x+C.

x)=-xsinx—cosx+C. o

o oy

x)=-xsinx+cosx+C.

©0e®
y

SKGHE oo

(x)
(%)
(x)

Cau 21: (THONGMATHS) Nguyén ham cia ham s§ f(x)=xsinx

".lj

x)=-xcosx—-sinx+C.

©0e®
R

".lj

(x)
(x)=xcosx—sinx+C.
(x)=-xcosx+sinx+C.
(x)

x)=xcosx+sinx+C.

Ciang 38 /
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Cau 22: (THONGMATHS) Cho F(x)= ﬁ la mot nguyén ham cua ham sé M Tim nguyén ham cua
x

ham s6 f'(x)lnx.

x> 2x?

@. [f/(x)nxdx= _(lnx - j+ C. QUM

®. jf x)Inxdx = L Z +C.
x
©. If x)In xdx __(lnx izj

In 1
®. .ff )In xdx = x2 Y

Cau 23: (THONGMATHS) Cho F(x)=(x-1)e* la mét nguyén ham ciia ham sé f(x)e**. Tim nguyén ham

cia ham s§ f'(x)e**.

®@. If’(x)ezxdxz(x—Q)e"+C.

®. If'(x)e2xdx=2_Txex+C.
©. If’(x)e2xdx=(2—x)ex+C.
O. If'(x)eQxdx=(4—2x)e"+C.

Cau 24: (THONGMATHS) Cho a la s8 thwc dwong. Biét ring F(x) la mét nguyén ham cta ham s

f(x)=¢" (1n(ax) +

l) théa man F(l

j =0 va F(2018)=e*"®. Ménh dé nao sau day dung ?
x a

®. « e( 1 1)- S JEA
018

2
©. ae[1;,2018).

®. ae[2018;+x).

trén (—%,%) va F(x) la mét nguyén ham cta xf'(x) thoa

Cau 25: (THONGMATHS) Cho f(x)=

s?x

man F(O)=0. Biét ae(—g 5) théa man tana=3. Tinh F(a)-10a®+3a .

“Lino.
4

® ©

Linto.
2

© o

In10.

Cuny 39 | o bs & st: Thong Dinh Dinh
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ORI W WHIPT QUOC Gl % 202020121

GIAI TiCH 18 - CHUONG Il

Lap tain iy Thing Bk Bioi: ——— DAY THAT — HOC THAT - GIA TRI THAT
CHUONG III. NGUYEN HAM - TICH PHAN VA UNG DUNG

Bal 2: TiCH PHAN

A- LY THUYET CAN NHO
1. Pinh nghia
Cho ham s8 f(x) lién tuc trén doan [a;b]. Gia st F(x) la mot nguyén ham cia f(x) trén doan

[a;b]. Hiéu s6 F(b)-F(a) dwoc goi la tich phan tir a dén b (hay tich phan xac dinh trén doan

[a;b]) ctia ham s6 f(x), ki hiéu la jif(x)dx.

’—F(b)-F(a)

a

Chu y:
v If(x)dx:O va If(x)dx:—jf(x)dx.

a b “
—_

v [Kf(x)dx=k[ f(x)dx, (k 1a hing s§). <
Z ‘ b b éy
v I[f(x)ig(x)]dx:J.f(x)dxij'g(x)dx. A
a , z; a , é
v I=[px)ac=f(of = £ (b)-F(a). o

v jaf(x)dx:jf(x)dx+jzf(x)dx,a<c<b.

B- PHUONG PHAP TINH TIiCH PHAN

CcHU PE 1: TiCH PHAN CO BAN

Dang 1: S& dung c6ng thic nguyén ham co ban, nguyén ham mé réng va phuong phdp vi phan.

Cho jf(x)dx=—3 Vi jg(x)dx=2,khidéh§yt1’nh I=j[f(x)+2g(x)]dx.

OUEEGABE e

o bs & st: Thong Dinh Dinh
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10 6 2 10
Cho ham s6 f/(x) lién tuc trén doan [0;10] théa man I flx)dx =7 va J.f(x]dx =3.Tinh P= If(x)dx + I flx)dx.
o 2 o 6

B

Dip s6- |P = 4.

2
Cho ham s6 f (x) c6 dao ham trén doan [1;2], f(1)=1va f(2)=2.Tinh I:J-f'(x)dx.
1

o(ﬁ?’/év}” e e e e e e e e e et et e e e e e e e et e e e e e e e e e e e e e e e e

Tinh tich phan I = j(3x2 - 4x) dx.
0

s

Digp 7 [1=-1].

K 4 31 ()
Biét I = [5(1-2x) dx=-==, (aeR). Tim a? S
0 2 A

Gorpai .

b
Biét [(2x+1)dx=1vaa-b=2.Tinh A=a+b.

o@”yiﬁi’ e e e e e e e e e e e e e e e e e e e e e e e e e e e

Diip 56 a+b=—%.

Tinh tich phan I = j.\/;(x2 + l)dx.
0

OUEEGABE e
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8 .2
Tinh tich phan I = J‘ﬂdx .

P Ux

B

Bips: |1

2a
Tinh tich phan [ = I |a - x|dx,a >0.
0

R

s

2
Tinh tich phan I = [ sin® xdx.
0

2
Tinh tich phan I = J.em”ldx .
)

o@”y/ﬁi’ e e e e e e e e e e e e e e e e e e e e e e e e e e e e
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2

etan xdx

cos? x

Tinh tich phén I =

Oty

R —

2up . [[=2=1]
Dang 2: Tich phin ham phan thiic dai sé6 dac biét.

Bai toan Téng Quat

B
Tinh tich phén | = %dx v6i P(x) va Q(x) la cic da thitc khong can.
° Qx
v Néu bac cia tii s6 P(x) < bic ciia miu s6 Q(x) —Z—> Xem xét miu s8 , ta c6 cic trudng hop phé bién sau:
B
(1) =2 ax=Amjac+p| - 21n|2L*D
~ax+b a ¢ a |aa+b
i B s
A>0: I=] A dx=— 2 [ 1 Quay Ve, (1)
(x—x)(x-x,) a(x,-x)i\x-x, x-x
£ A £ Adx AR
(2) I=Im A=0: 12‘[ T N | =... (21)
a aa(x xo) a(x xO)
B ﬁ
A<O: I=éj dx2 Da“‘”‘o-ktant j o (2.2)
| ayz(x+x,) +k tE(Q

¢

_ o =ﬁC(x x)+D(x-x,) _1 c , D ouay ve ($
Az0: 1 5 (x_xl)(x_XQ) % j(x Xy, X xl]dx /“‘r"’h)

A=0: [= Iﬂdx:lfA(x_—xo)wdx
a(x—x,) ay a(x-x) FPA
“
B B
(3) 1=]—22E _qy =lj A C e a2
ax  +bx+c X=X, (x_xo
ﬁk b h 2 g’
A <o N J. ax + x+c)+ P J. ax’ A +c J. dx
ax’ +bx+c ax? +bx+c ax? +bx+c

a

= Infax” +bx+c||a +TH (2.2)

(4) Q (x) c6 bac 16n hon 2, ta thuc hién gidm bac ( bing cdch déi bién, tich ghép, nhan, chia,...) d€ dua Vi du vé cac

truong hop (1),(2),(3).
v Néu bac cia tiis6 P(x)> bac cia mau s6 Q(x) —Z—> Chia da thic (da hoc §16p 8).

Iz:[%:![H(x)+%} jH(x dx+j ;dx I +1,

Chi y: D6i véi nhiing Vi dy phiic tap, dé dua vé cdc dang (1),(2),(3) ta phai thyc hién bién ddi phan s6 ban ddu thanh téng cdc

phdn s6 va tim cdc hé s6 bing phuong phdp dong nhdt thiic.
Mot s6 truong hop thuong gap:

1 1 ( a ¢ )
(ax+b)-(cx+d) ad—-bc \ax+b cx+d)’
mx+n A B
= + .
(ax+b)(cx+d) ax+b cx+d

v mx+n A B

= + )
(aerb)2 ax+b (aerb)2

Ciary 43 | € 25 st: 100ng Dinn Din
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v mx+n _ A N B N C
(ax+b)2(cx+d) (cchrb)2 cx+d ax+b
1 __A _ Bx+C
(x—m)-(ax® +bx+c) x-m ax’+bx+c
1 A B C D
= + + + )
(x-a)P-(x-b} x-a (x-af x-b (x-by
P(x) A B c
— = + S+t — .
(x—x) x-x, (x-x,) (x—x,)
L, P(x) __A B _ C
(x_xl)(x_xz)(x_xs)"' X=X X=X X—X5

, v6i A=b* —4ac <O0.

Py sé7 [a+2b=0].

t2x -1

Cho I='|. dx, xécdinh a d6 [=—4—In3. é"

5 1-x “ro

S WL ALY T /0 I D, » >

0
Két qué cua tich phan J- (x +1+ ]dx dugc viét dudi dang a + bIn2. Tinhgid tri a + b.
-1

X -

o&’//ﬂ;’ e e e e e e e e e e e e e e e e e e e e e e e e e e e

i s a+b=—g.

2x°> - x+5

3 dx =a+bIn2. Khidé tinh gi4 trj cta |a — b|1a bao nhiéu?
x u—

i

o bs & st: Thong Dinh Dinh
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Biét I =aln2+bIn3+cln5,véi a, b, ¢ lacicsénguyén. Tinh S=a+b+c.

x* +x

“|S=a+b+c=2|.

9»/'

Chii y: Ta c6 cong thitc tinh nhanh véi dang nguyén ham j

dx
(ax+b)(cx+d)

1
ad—bc

nhu sau:

dx

_ |ax + b|
I(ax+b)(cx+d)

C|.
|cx+d|Jr

. . S S BN\

Diipso: |2In3-31n2)|.

2
a)I:Ix—dx
2x+3

1 <X N3

Tinh cdc tich phén sau:

oGz i

[=-183_2735
6 16

Tinh céc tich phan sau:

b)

J=\/§—1+41n{

5

kl

+1

Cuny 45 |
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OUEEGABE e

Bip 7 2) z=_§+61n2 b) [T==2].

3
Tinh cic tich phdnsau: a) I = J.—dx b) K = I—dx .
2

)(x+1)

. S A . N

3 4
ﬂp‘ g~ I=—1n?2|. b) |[K=—+—-—In5-—1n2|.
) \I=7 ) 9 9

Tinh tich phan sau:

o1
2 Iz'z[x(x2—1)

o@é’% e e e e e e e e e e e e e e e et e e e e e e e

@’wyﬁ/
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5 3 S5 3 1 1
ip 86> I=—In2-—=1In3 b) | J==In3-=In5-=1In2|. K==In—|.
Diap 56° a) 5 2 ) 3 gln5-7ln c) s

C. BAl TAP TRAC NGHIEM REN LUYEN N,

Cau 1: Choham s6 y = f(x) lién tyc trén khodng K va a,b,c € K . Ménh dé nio sau day sai?

®

®

f(x)dx = Tf(t)dt ,,,,,,

©

Qe QT Q=T QA —— T

~

(x)dx = —Jf(x)dx

©. [f(x)dx=0 . o o

Cau 2: Cho f[f(x)dx:—S, j.[f(x)—2g(x)]dx:9.Tinh I:j-g(x)dx.

=14 O AL
I=-14 S

I=7
I=-7

©0ee

2 3 3
Céu 3: Cho Jf(x)dx =1va J-f(x)dx =—2. Gid tri ctia If(x)dx bing
1 2 1

©. -1
O.

Cuny £7 |
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@. I:% ®. 1:%. S v gini- B
© - o 1-2 o o
2
5 5
Caus: Néu [ f(x)dx=3, [ f(x)dx=-1 thi [ f(x)dx bing
2 1
®. -2 @o(hym; e
©. 3 - -
D. 4

Cau 6: Choham s6 f (x) lién tuctrén R va

cojf dx=2; jf dx:6.TinhI=J3'f(x)dx

®. 1-8 O PR o

©. 1=36 ) -

O. 1-4 o

Cau7: Choham s6 f (x) c6 dao ham trén doan [1;2], f(1)=1va f(2)=2.Tinh [ = _Z[f'(x)dx

@. I=1. S

©. 1=3. Y ’

@ 1-7. 3 .
2 Lo

Cau 8: Chohamsé f (x) c6 dao ham trén doan [-1;4], f(4)=2017, Jf x)dx =2016.Tinh f(-1).

®. f(-1)=3 D e e

®. f(-1=1 b= “v e

©. f(-1)=-1 I SRS, . S S

®. f(—1)= 2 . e S ,.é S

Cau9: Choham sé f (x) lién tuc trén [0;1] va f(1)— f(0) =2. Tinh tich phan Jf

@. 1=-1 S ez g g e

®. 1=1

©. 1=2 B

O. 1=0 e

bing
@. 3 ®. 0
©. 2 ®. 1

1
Céu 11: Tinh tich phan I = [ x*'® (1+ x)dx
0

1 1
I S @ﬁ’Mﬂwu“ S
2018 2019 OZ
® -+t ,_ 1 o
2020 2021
1 1 o o

+ .
2019 2020
1 1

+ .
2017 2018

@’wyﬁ‘d’/
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b
Cau 12: Gid trindocaa b dé J(Qx - 6) dx=0?

1

®. b=0 hoic b=3. O G o
®. b=0 hoic b=1 o

©. b=5 hoichb=0.
®. b=1 hoic b=5

b
Cau 13: Biét I(Qx —1)dx = 1. Khing dinh nao sau day Ia ding?

®. b-a=1 QO I .
®. a*-b*=a-b-1

©. PP -a’*=b-a+1
®. a-b=1 e B

0
Céu 14: Tich phan | dx bing
-1

1
J1-2x

1- \/§ (S| ({z’f/ﬁz’ e Ao a0 220 08 22 228 20 52 20 2 5 22 2 50 2 52 0 2 5 2 528 28 2 5 2 528 52 5 52 2 2 S 2 528 2t 2 208 5 228 00 228 428 2 s s s s s s

-1 e

©0ee®

2
Cau 15: Tinh tich phan I = [\4x+1 dx.
0

® ®

© ©
R A =

ij—x+2 x_a—4\/5

3X+x—2 c

Cau 16: Biétring I = .Véi a, b, c lasénguyén duong. Tinh a+b+c.

& oo pii

2 7 P 0 200 200 200 b0 000
3 3 -
4 1 P

©0ee

2
Cau 17: Tich phan J.de bing.
52x+1

®@. ?ms O G
©. 5 N
®. 4In5 B - -

5

Q
0>
=]
i
2
=
B
=
~
Il
—

( 1 x)dx.
2\ 2x+1

@. 2+1In3 - R S
®. 4+1n3 - I e
©. 2+In3 o e B
O®. 1+In+3 e B
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1

Cau 19: Cho ham s6 f(x):%+2+2,vc’)'i a, b 1a cic sé hitu ti thoa diéu kién J.f(x)dx=2—31n2.Tinh
X x :
2

T=a+b.

S o@’/zﬂt et

Il
|
—

©0ee®
NNNN
[LII

Il
o
{

i
{
{
{
i

2
X
Cau 20: Biét | ——
-!‘ (x+2)(x+4)

T:2a+3b—c—g.

dx=aln3+bIln4+cIlnd5+dInb6 (a,b,c,d € Z). Tinh gid tri cta biéu thic

Il
w o U N
H
1
:
H
N
H
;
N
H

®
NNSS
Il

dx

W=aln2+bln5+cln7, (a,b,ceQ).Giétricﬁabiéuthﬁc 2a+3b-c bﬁng

3
Cau 21: Biét j
0

©0
W N U

Céau 22: Choham s6 f (x) xéc dinh trén R\ {~2;1} théaman f'(x)= ﬁ i £(0)=

va f(-3)-f(3)=0.

W[~

Tinh gié tri ciia biéu thiic T = f (—4)+ f(-1) - f(4).

(S L ——

© 086 e
5
3
=

dx

1ha,m=a1112+b1r15-+—clr17 (a’b,CGQ).Tinh S—a+4b—c.
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El

3
Cau 24: Tich phan I cos 2xdx bing
0

®.
©.

Cau 25: Tinh tich phan I = [ sin(%—x)dx.
0
@o@’//d; e ke i —
® 1-7.  ® I--1 — —
©. 1=0. O®. I=1 . - - S

T

2
Cau 26: Tich phan |e***.sin xdx bing.
0

©0ee®

AT ”

(ol
.
>
=
=
8
17}
o
~

(x)

@)
o
=1
)
3
=
8
Q
>
o
172
o]
Q

)

asin(mx) +b theaman f(1)=2 va [ f(x)dx=4.

® ©

©0

S G M‘o

>

Cau 28: Tich phan j 7*dx bing

0

72016 _
In7
(72016 - 1)1n7.

72017

L___7
2017
2016.7%°'° .

2
Cau 29: Tich phan ij_ldx béng

1

®. 4In5
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4
©. 4 d. s

1
Cau 30: Tich phan J.e_xdx bing
0

» S

®.

®

©

©

©

®

©

Cau 3: Cho jf(x)dx =1va If(x)dx =-2.Gid tri cia | f(x)dx bang:

—_——

» S

©0ee
w

d b b
Céu 4: Néu [ f(x)dx =5 va [ f(x)dx =2 (a<d<b). Tich phan [ f(x)dx bang
a d a

10. S C’@”/‘”Z' e e e o L1 1
-3.
3.

©0ee

Cany 52 |
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Cau 5: Choham s6 f (x) lién tuc trén khoang (—2; 3) . Goi F (x) la mot nguyén ham cta f (x) trén khodng (—2; 3) .

Tinh I = T[f(x)+2x]dx,biét F(-1)=1va F(2)=4.

©0ee®

O EEGHL

2 7 7
Céu 6: Cho [ f(x)dx=2, [ f(t)dt=9.Gidtricsa [ f(z)dz Ia
-1 2

1 (S| o@i’//di e e e e e e e

@)
=]

c

N
@)
=3
o
~

-2

2
(x) 1d mot ham s6 chin, lién tuc trén R va I f (x) dx =2.Tinh

_l[f (2x)dx

®

f(2x)dx=2

®

Ot Ot Ot~ O —
N
N

©. |[f(2x)dx= 1 T
2 I
©. [f(2x)dx=1

F(2x)dx=4 e e

S o(ﬁ’f/ﬂi e e e e

®. T=-6
®. T=2.
6

®

©0
S5

5 . -

S o@ff/ﬁi o fed R | Y S "v B

Cau 9: Tich phan T(xQ - l)dx bing

0

®

©
WIN Wl

3x> khiO<x<1
x ' 2" Tinhtich phéan

Cau 11: Chohamsé y = f (x) =
ohimss y = f(x) {4_)6 khi 1< x<2

O
=~ |
~ |}
Nl
o |
&

®. ®. 1

NN

Cuany 53 |
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©.

N o

D.

N W

b

Céu 12: Véi a,b 1a cac tham s6 thyc. Gid tri tich phan [(3x” +2ax +1)dx bing

0

3b® +2ab
b® + b’a +
b*+b.
a+2.

©0e®

b.

S o@’/ﬂt e e

Cau 13: Tich ph

2
énI=_[
0

—

;dx béng
2Nx +2

1oL
®@. 1=1 N
o L
©. 1=2 ]

®. 1=22
D. 1=2-2

Cau 14: Tich ph

dx

J3x+1

an j. bing
0

®.
©.

W= wls

®.
®.

wWIN Nlw

dx

Cau 15: Biét jf

xNx+2 +(x+2)\/;=

Ja ++b —c véi a, b, c 1a cdc s6 nguyén duong. Tinh P=a+b+c.
guy g

o N

©0®®
2

v Ba vl v B!
I

N
N

S o(ﬁ’fyiﬂi’ e e e

Cau 16: Tinh tich phan I = J.

¢ dx
3-2x

0

1

@®. -=1In3
2

1
©. =-1n3
2

®. -1n3

1
®. =log3
5 g

Cuany 54 |
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1
Céu 17: Tich phan | 5 1 =
X+

0

dx bing

1 7

®. Zlog—
5 %85

1
©. lm3
2 7 35

2 5

22018
Cau 18: Tinh tichphan I= | 9X .
X
1
@ \, -,
@®. I1=2018.In2-1 G
I =008 e e i

dx 1
~-4x+1 a b
phuong trinh nao sau day?

Cau 19: Biét I

1
,v6i a, b la cic s6 nguyén thudc khoang (~7;3) thi a va b 1a nghiém ctia

@. 2x*-x-1=0.
xX*+4x-12=0.
x*-5x+6=0.

x*-9=0.

b .
x=a+Iln— véi
2

khi 0<x<1

khi 1<x<3

3
. Tinh tich phin If (x) dx
0

6+1n4.
4+1n4.
6+1n2.
2+2In2.

©0ee®

Chu 22: Biét I = j Md

=4+aln2+bln5 véi a,be Z.Tinh S =

a+b

©0ee
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m

2
Cau 23: Két qua cua tich phan I = jcos xdx bingbao nhiéu?
0

®. I1=1 ®. 1=-=2 S ARPHe e
©. 1=0 @. I=-1

o

1 1
3 3
2 2
©. -=. ®. =.
3 3

s

4
Céu 25: Tinh tich phan I = | tan’xdx.
0

®. I=1—% ®. I=2

3
Cau 26: Cho tich phan I(4x—1+cosx)dx=n(z—%)+c, (a,b,ceQ).Tinha-b+c
a
0

W+~

2
Cau 27: Két qua cua tich phan I(Qx —1-sinx)dx dugc viét & dang n(z = %j —1 a, b € Z.Khéing dinh nio sau day
a
0

13 sai?

S o(ﬁ’(y/ﬂi’ e e e

®. a+2b=8
a+b=5

©. 2a-3b=2
1)

a-b=2 :
. .
Cau 28: Tich phan J.S"'ldx bing
1
2
@d. = ®. 2In3
In3
3
©. = D®. 2
2
1
CAau 29: Tinh I = Ies’“.dx.
0
@. I=e’-1 ®. I=e-1

Cuny 56 [
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©. &1 ©. I+
3 2

1
CAu 30: Tich phan I = Ie"“dx bing
0

®@. e?-1. ®. e?-e.
©. e*+e. D®. e-é€2.

CcHU BE 2- TiNH TiCH PHAN BANG PHUONG PHAP POl BIEN SO
A. LY THUYET

Phuong phap d6ibién sé dang 1
a) Pinh i

v 1) Him x = u(t) c6 dao ham lién tyc trén [a; ﬂ] .

v 2)Hamhop f(u(t)) dugcxac dinh trén [a; B].

v 3) ul@=a, wB)=>b

b) Phuong phap chung

v’ Buécl:Pit x =u(t)

v Buéc 2: Tinh vi phan hai vé : x = u(t) = dx = u'(t)dt
x=b
x=a

Da6i can:

v Buéc 3: Chuyén tich phan da cho sang tich phan theo bién t
b B B ﬂ “
Vay: 1= [ fldx = [ f [ut)]w'(0)dt = [ glt)dt = G(t)| = G(B) - Gla) T

O
Phuong phap déibién sé dang 2 ,‘é

Ly Thuyét can biét
a) Pinh li Y

Néuham s6 u = u(x) don diéu va cé dao ham lién tyc trén doan [a;b] sao cho f(x)dx =g (u(x)’ﬂ (x)dx = g(u)du thi:

b u(b) 1
I={[f(x)dx= | gluydu. “V
a u(a) /‘
b) Phuong phap chung
v Budc 1: it u = u(x) = du = u (x)dx
x=b |u=u(b)
=

4 Buéc 2: D6ican :
x=a |u=ua)

v Buc 3: Chuyén tich phan da cho sang tich phan theo u
u(b)

Vay: I = f()dx = [glux)]u'(x)dx= [ glu)du

u(a)

Vi DU MINH HOA

16x°

dx.
x*+1

1 1
Tinh c4c tich phan sau: a)A= Ix. (x -1 dx. b) B= J
0 o

Ciang 57 /
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Diap 56 a) |A=—

Vidu2

2021.2020|"

Tinh cic tich phén sau:
1 xs
c) L= dx
) -[ 1+ x?

0

a) I = j.x.(l—x)lgdx.

b) K = j-xs.(l—xs)ﬁdx.

£ﬂ+x) o e)N:l(l““396)'(1+2x+3x2)1°dx_

R

Bipsi|I=—K=—L=2Lmopy-L n-
0 2 2 " 16’

1

1
168

1

1

6'' -1
22

Tinh céc tich phan sau

a) A:i(x+2)ﬁdx.

2ox+1

R e

x+3

x+4x+2

2 7
b) B=[6x’Vx® +1dx. dx. d)D=[————
(0] 2

oGz i
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Diip 56 | A = 132,B_E;C=Q;D=3 20, 5_§1 2
S 3 3 3 3

Tinh céc tich phan sau:

a)I=jx\/1—xdx. b)K=j.xx/2—x2.dx. c)L=j.x-\3/1—x-dxo

N7 3
(x+2) dx f) P:_[ x dx

3V3x+ o\/3x2+1.

d)M:j'x.sz—l.dx. e) N = _[

.

»

P i o4 e 221 468 137, 141

i L=———, M=6; N=——; P=
Chii y: MOt s6 ham s6 dic biét thudng gip:

157 3 7

Cuny 59 [
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b
Bai todn 1: Tinh Izjf(lnx)-ldx M—)ditt:lnx:dtzl-dx-
a X X

Néu f(lnx) cé chita m+ n.Inx vdi m, n la hing s6 thi ta dat luén t =m+n.lnx.
Bdi lé khiviphdn dt =n - L dx sé khéng bi mdt tinh tong qudt so vdi khi ddt t =Inx va lam cho viéc xit lj bai todn sau khi
x

dat dn phy sé don gidn hon. Ngodi ra, khi gap cin thilc, ta cing &3t t =3 f(In x) -
Inx

Néu c6 chita log, x thita chuyén vé In x bdng cong thifc: log, x =log,_ e.log, x = ha
na

Bai todn 2: Ham lugng gidc
» Dang f(sinx).cos x —2— dit t =sinx hoic t=a + bsinx

» Dang f(cos x).sin x —%— dit t = cos x hoic t=a+bcos x

» Dang f(tanx)- —2 5 ditt=tanx

cos? x

» Dang f(sin x * cos x)- (sin x + cos x) —%— dit t = sinx + cos x

Chii y: phdi luén luén thu gon cdc biéu thiic lugng gidc ndm dudi ddu tich phan truéc khi ddt dn phuy.

1

Tinh cic tich phdnsau: a) A = _[

0

2
xlngx +4)dx
x +4

1
b) B=[(2x—1).e"“dx
0

2= 2
_In"5-4In 2'B=

Dip 367 |A = ————; 0
4
Vidué6

Tinh céc tich phan sau

: : : FrsEs
a)A=J'(1—33inx).cosx.dx b) B=Iﬂdx c) Czjwdx

2 5 1+cosx 5 l+cos2x
d)D=?1+S_in2x+0032xdx e)E=} . cos 2x i

x Sinx+cosx 5 (sinx + cos x + 2)

4
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Tinh cdc tich phén sau

cJInx+1 S 2% 4 e*
a)A= j =

s xInx e =1

sin® x.cos? xdx

(g]
~
O'—.M\Pi

Dip s6: A=1—1n3+ln5;B=23—6;C=%

Cuny 61 |
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Tinh céc tich phan sau:
¢ lnx < In’x 2
a) [ = | ———dx- b) K= | ———dx. ¢) L =|cosx«3sinx+1dx
) '!x\/1+lnx ) '!-x\/lnx+1 ) j
In2 In5 2x g
e sin2x + sinx
d) M=|e"-J5-¢e"-dx- e) N= dx. f) P= dx.
'.!. n2 «/e" -1 ;‘; \J1+3cosx

p-34
27

4- 2\/_ K—E L_E;M:

Buip 167 |T =
b 3 15" 9 3

Phuong phdp d6ibién s dang 3

Phuong phap lugng gidc héa

—2J3; N—

B
e Bai to4n téng quat 1: Tinh tich phan |I = J.f(ﬂ\/a2 - x*)-x*" -dx|, v6i n e Z.
s . 3 o T o
¢ Phuong phdp: Dt x =asint hoic x =acost. véi t € [—5;5

M4u chét viéc dit &n phu nay la xudt phat tit cong thitc sin’ t + cos® t =1.

That vay Ja2 — x? =a? —a?sin®t = \/a2 (1-sin’t) = acos? t = alcos t|, ta sé tuong ty néu dit x =acost. Muc
dich chinh cua viéc d4t 4n nay la gitp khai cin dé dang.

szf( ’x2+a2)m‘x2n‘d‘x

¢ Bai todn téng quat 2: Tinh tich phin véineZ, 2<meN.

Ciany 62 / o bs & st: Thong Dinh Dinh
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e Phuong phdp: dit x =atant hoic x=acott. te (O; gj .

Cé6 phép dit 4n phy niy la xudt phat tif cong thic tan®t +1= %t nén biéu thic:
cos

a? a

VX +a? =a’ tan’ t + a® =\/a2(tan2t+1)= — =
cos’a |cosd]

Muc dich chinh cta viéc dit 4n nay la giap khai cin dé dang.

B
Bai toan téng quat 3: Tinh tich phéan |I = J.f(\/x2 —a®)" - x*" -dx| vé6i neZ.
a

a . o ,
thi biéu thic:

hoic x=— ching han dit x=
cost sint cost

2 2 22 :

a l-cos”t sin” t sint

JxX* —a® = \/ —-a’ = a\/ = a\/ 5 = a| | =atant khiva chi khi sint va cost cing ddu, nghia la ¢
cos“t cos“ t cos”t |cos t|

e Phuong phip: Dit x=

thudc géc phan tu thit nhit va thitba = t € [O; g) U |:T[; %tj .

vi DU MINH HOA

1

1- x?

dx.

1
2
Tinh tich phan I = |
0

X dx
Vx? +3
B ———

B
Tinh tich phan I = j
0
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R —

S AR o=l . W ‘,?‘
Bhip 56 I=1n(2+\/§)—g -

B - BAI TAP TRAC NGHIEM REN LUYEN

PHIEU BAI TAP TRAC NGHIEM REN LUYEN TiCH PHAN DOI BIEN SO — T™MI

b 2
Caul: Tinh I = J‘ﬁdx (véi a, b 1a cic s6 thuc duong cho truéc).
al+ X

I= _2b O QLG

®

Ca?+ b
b
I:
a+b?
_ (a-1(b-1)

(a + b2)(a +1) B
,__b

a’+b e e e e e e e e

© @

©. 4
©. 10

o bs & st: Thong Dinh Dinh
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NG
Céu 3: Tich phan j xN1+ x*dx c6 gid tri bing
1

8-2\2
—
4-42
—

4+J§

3

8+2«/§

3

®

®

©

©

55
Cau 4: Cho J el

G xJx+9

=aln2+bIn5+clnll,véi a,b,c 1a cic s6 hau ti. Ménh d€ nao duédi day dung?

©o0ee®

9 o@‘/é&‘ e e e e e

S=a’+ab+3b* 12

)
dx
Cau 5: Tinh tich phan [ = | ——— tadugckétqud I =aln3+bln5, trong dé6 a,b € Z. Gié tri
P '!.x\ISx +1 d ’ g

©0ee
o= kO

@o@“ﬂi R O . A B

s S

t 2x+1dx

Cau 6: Biét
02x+32x+1+3

=a+bln2+cln§(a,b,ceZ).Tinh T=2a+b+c.

[l
W =N b

©o0ee®
N NN

O QLG o

Cau7: Cho I =

I

xXAJ1+2xdx va u

=/2x +1 . Ménh dé nio dudi day sai?

®. Izé:fo (x2 —l)dx
®. I:j'u2 (u2 —l)du

3

(v u?

R e
© 2[5 3]1

QGG

Cuny 65 [
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13

©. -2

67
. ==

27 R S

xdx a . D e e A R R - P S
Cau 9: Biét J. =— v6i a,b la cic s6 nguyén duong va phan thitc — 1a t6i gidn. Tinh gid tri cua biéu thic
0 5x +4 b
T=a’+b’
T . —

®. T=26 )
©. T=29 )
©. T=34 )

3
Cau 11: Cho tich phén T =J
0

X

1+Jx+1

dx va t =/x +1.Ménh dé ndo sau day ding?

@. I= .1[5t2dt. QG
®. I:j-(tQ—t)dt. S B B

©. I- f(zﬂ _at)ar. - e
©. 1=](2¢ +2¢)at o e ;

: R BomCtyd o A ‘ o S, Gid tri b
Cau 12: Cho I 1+ —dx=a-+b+In v6i ¢ nguyén duong va a,b,d, e la cic s6 nguyén t68. Gia tri biéu
x
1

A

thiic a + b+ c+d + e bing:

@. 10.
®. 14.
©. 24.
O®. 17.

Cuany 66 |
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dx
2x+1++4x+1

6
Cau 13: Biét j

2

aln3+bIn2+c véi a,b,c 1a cic s6 thyc. Tinh T = a® — 5ab + 24ac.

©o0e®
£ =

Céu 14: Tinh tich phan I = J‘cos?’ x.sinxdx .
0

© 00 ®

S ez gihic ..

2
Céu 15: Cho tich phan [ ——
5 1+sinx

cos 2x

dx=a+br véia, beQ.Tinh P=1+a’ +b>.

P=9
P=29
P=11
P=-25

©0ee®

Y W\ N

T

2
Céau 16: Cho tich phin J Snx

3

——————dx=aln5+bln2 véi a, beZ.
Ecosx+2

2a+b=0.
a-2b=0.
2a—-b=0.
a+2b=0.

©o0ee

COS X

z
Cau 17: Cho I
0

sin? x - 5sinx + 6

4 .
dx=aln—+b, v6i a,b,c lacicsé nguyén. Tinh téng S=a+b+c.
c

©0ee
wnhnh

w Wk
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m

Sin x.cos x

2
Céu 18: Tinh tich phan I =
l Ja®

dx v6i ab=0 va a® = b>.
cos® x + b*sin? x

I 1

e+l
:L
la| +[p]
I= 2 .
a+b
:a—b
|| +[p]

® ©

©

Cau 19: Cho F (x) 1a mot nguyé

n ham ctia ham s6 f(x)=1n—x.Tinh: I=F(e)-F(1)?
x

~

® &

D P = N

©0

S o@‘/é&‘ ...

et »“,
I
e A

7 (Bx+1)dx
Cau 20: Biét [~———
13x" +xInx

= ln(a

C

+ ﬁj v6i a,b,c 1a cic s6 nguyén duong va ¢ <4.Tdng a+ b +c bing

©0ee
© ® o N

S o(}é‘//ﬂi ———l " §

ﬁ:Eif?fﬁ:ﬁ:::ﬁ:ﬁ:ﬁ::Z:f::””””””””

(e

@)
o
(<1
(8]
-
o
o
&+

©0ee

O QLG

3
Cau 22: Cho [e™ e
0 x+1

=ae’+be+c.Véia, b, c lacicsénguyén. Tinh S=a+b+c.

S=1.
S=2.
S=0.
S=4.

©0ee®

S oo
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2
Cau 23: Xét tich phén I = J‘ x.e* dx . St dung phuong phép déi bién s6 v6i u = x°, tich phan I dugc bién d6i thanh
1

dang nao sau day:

2
@. I=2[e"du. N Bl L Al iE

N|—= N~

. I=
©. I=
5

. I = 900 200 000 00 200 200 200 200 200 200 200 20s ses b0

) 2

1
2
I e“du.
1
2
je“du.
1
2
I e“du.
1

X

a 2a
Cahu 24: ChOSéthlIC a¢0,c’[§t b= Iﬁdx.'ﬂnh I:.[Se
LleatXx)e o oa—Xx

dx theo a,b.

I=be O QAL

® ®
=)

I=

I= o . P, VO . W »‘"oé

© ©

1 2 ,x
Cau 25: Cho biét J‘%dx = %.e +c¢ véi a, ¢ lacicsé nguyén, b 1a s6 nguyén duong va % la phan s6 t6i
X+

gian. Tinh a—b +c.

©o0ee
N O W
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CcHU PE 3- PHUONG PHAP TIiNH TiCH PHAN tiing phan

A- LY THUYET CAN NHO

1. Pinh 1i
Néu u = u(x),v =v(x) lahai ham s6 c6 dao ham lién tuc trén doan [a; b] thi
b
u(x) v’ (x)dx =[u(x). ]| —ju x)dx hay_[udv uv|) Ivdu.
2. Tinh tich phan |I = jP(x) Q(x)dx
] u=P(x)
Dang 1: Néu P(x) laham da thic, Q (x) khong phaila ham logarit thi dat
dv=Q(x)dx
u=P(x)
Dang 2: Néu P(x) laham Logarit, Q (x) 1a ham bat ki con lai thi dat
dv=Q(x)dx
Théng thuong nén chii y dat u: “Nhdt log, nhi da, tam lugng, tii mit”.
Vi DU MINH HOA
1
Tich phan I = [(x+1)e*dx.
0

a+e’

Biét jx In xdx = .Khi d6 hay tinh gid tri cia a® + b>.
1

2 m-a
Biét I(x +1)cos xdx = — Khi d6 hay tinh a® - b”.
0
S

@‘Zwy 70 /
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Bip 16* [a” b’ =12].

Biét stin 2xdx = %, a € (0;m) . Khi d6 gié tri ctia a 13 bao nhiéu?
0

Diipsé- la="2| .
2
2
Tinh tich phan I = jxcos(a - x)dx.
0
B == S W ——

_ » T .
Dip 10 I=§cosa+sma—cosa )

MOT SO TINH CHAT DAC BIET TRONG TiCH PHAN

Bodél
b b+T
Choham s6 f (x) tudn hoan véichuki T ,tacé [ f(x)dx=[ f(x)dx.
a a+T
Bodée2
b T
Choham sé f (x) tudnhoan véichuki T ,tacé Jf(x)dx =If(x)dx v6ib—a=T
a 0

Chohimsé f (x) lahams61étacé I = [ f(x)dx=0.

|
Q

Bé dé 4

Chohamsé f (x) laham s6 chin, tacé I = ]l‘f(x)dx=2j. f(x)dx=2_Tf(x)dx .

B3 dés
. t f(x) b
Choham sé f (x) 1aham s6 chin, tacé I=I x+1dx=If(x)dx .
ba 0]

T

G

A
&
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Vi DU MINH HOA

Tinh tich phan I = .2[ (x3 + x) sin® xdx.
)

o(ﬁ?’//di e e e e e e e e e e e et e e e e e e e et e et e e e e e e e e e e e e e e e

Diap.s67 [1 = 0]

2 2018

Tinh I =

+1

R

22019

2019 >
B - BAI TAP TRAC NGHIEM REN LUYEN ,“

®. I=e.

©. 1=-¢€°.
O.

I=e°.

1
Cau 2: Biét ringjxcos 2xdx = %(a sin2 + bcos2 + c) v6i a,b,c € Z. Ménh dé€ nao sau day la dung?
0

S o(ﬁ’fyiﬂi’ ;

®. a-b+c=0. R : R
®. a+b+c=1. - e

©. 2a+b+c=-1.
D) a+2b+c=0.
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u=x’
. Ménh dé nao duéi day ding?

Cau 3: Tinh tich phén I = Ixz cos 2xdx bing cach dit
3 dv = cos 2xdx

®

0 e

®

0

©

I= lx2 sin 2x
2

’5+2J.xsin2xdx
0

©

I =lx2 sin2x
2

T
o+ Ixsin 2xdx
0

2
Cau 4: Tichphan I = I x* Inxdx cé gié tri bang:
1

8 7 o
—In2-——. (S| ({”’ QUL .. e ettt ettt ek ekt et e 2 8 5 2 50 0 2 8 5 5 2 508 1 58 1 s 1 1 s 0 0
3 9 7

2

®. 24In2-7.
3 3 900 000 400 405 200 200 200 05 405 208 206 255 550 08 G0s G0s S88 S08 SEE S0S S0S S88 S88 S0E SEE SES SES B85 B85 IS IS SSE S88 S08 SEE SEE SEE SEE 208 P08 408 SEE Py 900 000 205 200 200 200 200 500 200 200 200 200 05 08 208 206 208 400 08 B0,
7
3

2
1
Cau s: Biét | 2;‘ dx = g +aln?2 (véi @ [asSthge, b, cIa cics6nguyén duong v - 13 phan s6 61 gidn). Tink gid
C
1

tricta 2a+3b+c.

OGR!

©0ee
&

N A T S

1
Cau 6: Cho biét tich phan I(x +2)In(x+1)dx=aln2+ % ,trong d6 a, b 1a cdc s6 nguyén duong. Tim ménh dé
0

dung trong cdc ménh dé sau?

S o@;y/ﬂ;’ e e e e

a=Db.
a<b.
a>b.
a=b+3.

©0ee

Céu 7: Tinh tich phan I = [ xcos xdx .
0

©®0®®
~
|
N
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€

Cau 8: Cho I(l +xInx)dx=ae® +be+c véi a, b, c 1a céc s6 hitu ty. Ménh dé nao duéi day ding?

1

a+b=c
a+b=—c
a-b=c
a-b=——c

O I

©0ee

S o@’//di e

T

2
Céu 10: Gid tri ctia tich phén I = .[x cos” xdx dugc biéu dién dudi dang a.w” +b (a, be Q) .
0

Khi d6 tich a.b bing

®.

© -L
®

Srgihic ...

® ®©
mEEC
INE

© 0O
© NS

Céu 12: Tich phan I(Sx +2)cos® xdx
(0]

® ®
|
HK\)
+
3

® ©
|
HK\)
+
3

'ﬂ.lﬁ&s&ﬂ%MgDMbDMb
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Cau 13: Cho I(Q +xInx)dx = ae® + be + ¢ vé6i a,b,cla cic s6 hitu ti. Ménh dé nio sau d4y ding?

1

@o@w

©0ee

a+b=-—c
a+b=c
a—-b=c
a-b=—

3+Inx

Cau 14: Biét I = _[ dx =a(1+1n3)-bIn2, (a,be Q).

x+1)

@ +b =
16

@ +p =18

® ©

25
16
3

a’+b*=

® ©

a2 + b2 e S
4

T

a

4
Cau 15: Cho Isin2x1n(tanx+1)dx =am+bln2+c véi a, b, ¢ 1acdcs6 hitu ti. Tinh T:l+%—c.
0]

©o0e®
I
_k@-bl\)

'ﬁﬂ'ﬂ%
I

Cau 16: Blétj\/_dx a\/_+bvo’1abeZ Tinh P=a.b.

:4 : o o
_8 ve ven o

-4
8

©0ee
T v

Caul7: Cho I = I(Qx —1)e**dx. Téap hop tit ca cic gid tri ctia tham s6 m dé I <m lakhoing (a;b).
0

P=a-3b.

bs & st: Thong Dinh Dinh




Cumy lad #hic hay it l plbe thade vao di liie cia ngiy fom nay 7 09411.02468— 0987.154.555

L
2m

Cau 18: Cho s6 hiu ty duong m théa man I x.cos mxdx = ET_Q .Hoéis6 m thudc khoang nao trong cic khoang
0

duéi day?

O EEGHL

42 e

® &

©® ©

L2 i @
Cau 19: Cho tich phén I = I (1 +x - lj e *.dx= %.ed ,trongdé a, b, c, d lacicsé nguyén duong va cic phan
1 x
12

6 %, % la cdc phén s6 t6i gian. Tinh be —ad .

@. 24. Y S 3 .
1 S SSYRMEII TS o5 sz s o5 00 28 08 s 00 08 o 500 s 559 58 o 098 08 5 00 08,808 08 s 558 08 80 008 858 08 8 888 08 s o0 08 s o0 0 0
®. = - o

12.

©0

S (x+1)

Cau 20: Cho cdcs6 thuc a, b khic khong. Xétham s6 f (x) + bxe* v6imoi x khac —1. Biét

1
f'(0)==22 va [ f(x)dx=5.Tinh a+b
0

19

©0ee

& s g AR EL/A

10 o

Cuany 76 [
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CcHU PE 4- TiNH TiCH PHAN ham an

A- LY THUYET CAN NHO

Dang 1. Tich phan s& dung phuong phap d6i bién sé

I:Tf(u(x))dx—)Tf(t)dt:jl.f(x)dx

Chil y:

Tich phan khong phu thudc vao bién sé nén |I = If(u)du - If (t)dt= jf (x)dx|.

7 3
Chohams6 f (x) lién tuctrén R va [ f (x)dx =2. Tinh I = [ f(2x+1)dx.
3 1

o(d?’//d/ e e e e e e e e e e e e e e e e e e e e e e et e e e e e e e

Diap se: |1 =1].

2 4
Chohidmsé y = f(x) lién tuc trén R . Biét Ix.f(xz)dx =2,haytinh I = If(x)dx
0 0

R S W, WP N T S

! 3
Cho If(x)dx =2 Tinh I = I cos 2x)sin x cos xdx.
0 0

R —

-b\Fl

Chohamsé f(x) liéntuctrén R thoa ménj f(tanx)dx =3 va J. : _'(_);) dx=1. Tinh I = _[f
0 X

N
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Dip 16 I=Jl'f(x)dx=4.

Cho f(x), g(x) lacichamséliéntuctrén R va f(2)=7; f(-1)=1; g(2)=9; g(-1)=3.
Tinh I = T f(x)g(x)=f(¥)g'(x) 4,
G [f)+g(x)]
B —

Dip 567 |1 = —

Chohidmsé y = f(x) théaman f(x).f'(x)=8x" + 6x°.Biét f(0)=2.Tinh f*(2). “bv\‘ﬂ
a 4

N S W, SN = NS 1 SR \ \SU.

i 2 [T=100]

Choham 6 f (x) thodman f(2)= —% va f'(x)=2x[f (x):|2 véimoi x € R. Tinh gid tri cua f(1).

o@”yiﬁi’ e e e e e e e e e e e e e e e e e e e e e e e e

Bip s | f (1) = -2

Cuny 28 |
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Cho s6 duong a vahamsé f (x) liéntyctrén R théaman f(x)+ f(-x)=a, Vx e R.Tinh J. f(x)dx.

—-a

R

Cho s6 thyc a > 0. Gidsthamsé f (x) lién tuc valuén duong trén doan [O;a] théaman f(x).f (a—x)=1.Tinh
tich phan I = [ — 1 _axe

T 7 (%) _ ‘A"

A

o@f‘«”/w R SN W | e . (A Y | N S E »“‘o” e
N S, \

Choham sé y = f(x) lién tuc trén {%;2} va théa man cdc didukién f(x)+2.f (lj =3x VxeR'.
x

Tinh I = dex

2 X

o@”yiﬁi’ e e e e e e e e e e e e e e e e e e e e e e
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2
Chohidm s8 f(x) c6nguyénhamla F(x) trén doan [1;2], biét F(2)=1 va jF(x)dx =5.
1

Tinh I :‘T(x—l)f(x)dx.

1

o@?’//ﬂ/ et et et i e TIOR8 818 50 0

S /0 TS o —

Choham sé y = f(x) c6 daohdmlién tyc trén R vathéaman f(-2)=1, If(2x -4)dx=1.
0

Tinh I = Ixf’(x)dx.
2

B

o bs & st: Thong Dinh Dinh

Cany 80 |




Cumy lad #hic hay it l plbe thade vao di liie cia ngiy fom nay 7 09411.02468— 0987.154.555

Digp 17 [1 = 0].

Dang 3. Tich phan s& dung tinh chéan 1é

v' Cho f(x) laham s6 chan, lién tuc trén doan [-a;a]. Khido | f(x)dx=2j f(x)dx

-a

V" Cho f(x) laham s6 chén, lién tuc trén doan [-a;a]. Khi dé: I—d _[f )dx,véi b>0.

V' Cho f(x) lahim s61¢, lién tuc trén doan [-a;a]. Khi d6: jf(x) dx =0.

Za é“i

Biéthamss y = f(x + gj laham s6 chin trén [—g,g} va f(x)+ f(x + 2) smx;(i)s’x‘
2

Tinh 1= 7 (x)ax. ’ é‘

o@z’/m; . S A 5 f‘ ”‘, ol A

Choham sé y = f(x) laham1¢, lién tuc trén [-4;4 |, biét If x)dx = 2vajf (-2x)dx = 4.
4

Tinh I = [ f (x)dx
0

A
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v" Nhan hai vé véi eI P dugc :

f’(x).efp(x)dx N p(x).ejp(x)d”_f (x) = h(x).ejp(x)dx - [f (x)'e_[p(x)dx ] _ h(x).ejp(x)dx

V' Suyra|f(x) PAL J-eJ P (x)dx|. Tt day ta dé dang tinh dugc f (x)

Mot s6 truong hop dac biét

Dang 1. Bai todn tich phén lién quan dén bi€u thiic |u(x) f'(x

Phuong phap:

> Dédang thiy ring u(x) f'(x)+u () f () = [u(x) £ (x)]

>  Dodé u(x)f'(x)+u(x)f(x)=h(x)e[u(x)f (x)]’ =h(x)
> Suyra u(x)f(x)=jh(x)dx

T day ta tinh duge f(x).

Dang 2. Bai toén tich phan lién quan dén biéu thic | f'(x)+ f (x) =h(x)|.

Phuong phap: ~
»  Nhan hai vé v6i e* ta dugc e*.f'(x)+e*.f(x)=e*h(x) = [e".f (x)]l =e*.h (}&“
» Suyra ex.f(x)=jex.h(x)dx 2 ‘

Tit day ta tinh duge f (x) “\ P>

Dang 3. Bai toan tich phan lién quan dén biéu thic | f

Phuong phap:

>  Nhénhaivévéi e ™ taduge e ™. f'(x)—e™.f(x)=e*h(x) = [e"‘.f(x)]l =e *.h(x)
> Suyrae”.f(x)= '[e”‘.h (x)dx

T day ta tinh duge f (x)

B - BAI TAP TRAC NGHIEM REN LUYEN

BAI TAP TiCH PHAN HAM AN - T™MI
DANG 1. Tich phén cé sin dang f (u (x))

6 2
Caul:  Cho [ f(x)dx=12.Tinh I= [ f(3x)dx.
0 0

® 1=36 B®I=4 ©rI=6 DrI=5
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5 2
Cau2:  Cho [ f(x)dx=4.Tinh I = [ f(2x+1)dx.
-1 -1

®1=2 1=g ©rI1=4 @I:%.

B

1 2
Cau 3: Chohamsé f(x) lién tuc trén R va théa méan I f(x)dx =9. Tinh tich phan J-[f (1-3x)+ 9] dx.
-5 0

® 27 ® 21 © 15 O 75

DANG 2. Tich phan ham &n st dung phuong phap d6ibién s6 “

Cau4:  Cho Tf(x2+1)xdx=2.Khidé I=if(x)dx béng: “y
@ 2 1 © -1 - * D 4.

3

2 2
Céu §: Cho f (x) laham sé lién tyc trén R va If(x)dx =-2, If(Qx)dx =10.Tinh I = If(3x)dx
0 0

@ 1=8 I=6 © 1=4 DI=2
o@’% e e
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2
f(Vx+T1)dx=8.Tichphan I = [ xf (x)dx bng:
1
® 1=16 I1=2 © 1=8 D 1=4

Ciu 6: Choham sé f (x) lién tuc trén [1;+00) va

Ct—w !
:

9 /2

f(Vx)

Cau7: Cho ham s6 y = f(x) lién tyc trén R thoéa man _[ dx=4 va I f (sinx)cos xdx = 2. Tich phan
0

1 Vx

I:j'f(x)dxbﬁng
@ 1=2. I=6. © 1=4. O I1=10.

% 16 X
Cau8:  Cho hamsé f(x) lién tuc trén R va théa man Icot x.f (sin2 x)dx = I f( )dx =1. Tinh tich phan

o bs & st: Thong Dink Dink
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2018 NATEE
Cau9:  Chohimss f(x) liéntuctrén R théa [ f(x)dx=2.Khidé tichphan |

0 (0]

_f@n(x2+1»dx

x*+1
béang
® 4 ® 1 © 2 ® 3

B

1
Cau10: Chohamsé f(x) liéntuctrén R théaman f(2x)=3f(x), Vx eR.Biétring If(x) dx =1.Gid tri cia
0

2
tich phan I = If(x) dx bing bao nhiéu?
1
@ I1=5. I=3. © r1=8. O 1=2.

Caull: Cho ham s6 f(x) lién tuc, déng bién trén R vi thoa man diéu kién f(x* +3x+1)=x+2. Tinh

I=[f(x)dx.

Cany 55 |
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x3

Jx® +1

, a,b,ce’Z, g, b la phan s6 t6i gian. Tinh T=a+b+c.

Cau12: Cho ham s6 y= f(x) lién tuc trén doan [0;1] va thod man f(x)-8x" - f (x4) +

I= f; f(x)dx cékét qua dang a-by2
c
@ T=6. T=-4. © T=4. ©® T=-10.
GSUL -

=0. Tich phén

Cau13: Cho ham s6 f(x) x4ac dinh, lién tuc va c6 dao ham trén R thoéa man f(x);tO, VxeR va

3f'(x)+2f%(x)=0.Tinh f(1) biét £(0)=1.
1 2 3 4
@ g- g- © g- ® g-

o@?’//ﬂ/ et e e B i ottt b . i e et e . i 5 8 8850

1
Caul4: Chohamss f(x)=x"—-4x’ +2x° —x+I,VxeR.Tinl{ﬂg(‘x).f’(x)dx
0

2 2
@5 ® 2 ©‘§ ® -2

Caul1s: Chohamsé y= f(x) théaman f (x)- f(x)=x" +x.Biét f(0)=2.Tinh f*(2)

25 _ 313 2 Z& 2 =% 2(2)=
® f2)= 15 @) 15 © r2 15 © f*@2)

323
15 °

ﬂ?’//ﬂ;’ e e e et e e e e e e e e e e e e e e e e e e e e e e e e et e e e e e e e e et et e e e e
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DANG 3. Tich phin ham 4n s dyung phuong phap tich phan titng phin

T T

2 2
Cau16: Chohamsé y = f(x) thoaman Jsinx.f(x)dxzf(o) =1.Tinh I:Icosx.f’(x)dx .
0 0

@ 1=1. I=0. © r1=2. O -2.
o(ié’//d/ e e e e

2

2
Cau17: Cho ham s§ y=f(x) lién tuc trén doan [1;2] va [(x—1)f'(x)dx=a. Tinh [f(x)dx zwﬁg,va
1

b=f(2). 3 ‘
@ a-b b-a © a+b ~b-a.

1
Cau18: Chohamsé f(x) c6daohamliéntuctrén doan [0;1] vithéaman f(0)=6, I(Qx -2).f'(x)dx =6.Tich
0

phén J-;f(x)dx.
® -3 -9 © 3 © 6

Ciang 87 /
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1
Cau19: Cho ham s6 f(x) c6 dao ham lién tuc trén [0;1] théa man jx[f' 2]dx f(1). Gié tri cua

I=|f(x)dx bang
® -2 2 © -1 O 1

B

O —

Céau 20: Xet ham s6 f( ) co dao ham lién tyc trén R va thoa man dleu klen f(1)=1va f( ) 4. Tinh
J = J( x)+2 f( ) ]dx.
x*

@ J=1+1n4

2 1
Cau2l: Cho f(x) c6é daohamliéntuctrén R ,cé f(2)=1 va If(x).dx =3 .Khido Ix.f/(Zx)dx bing
0 0
1 1 5
1 ® L 1 5
@ ® 2 © 2 © 2
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2
Cau22: Chohiamss y= f(x) lién tuc va c6 dao ham trén R théaman f(2)=-2; If (x)dx =1. Tinh tich phan

0

1 2
Cau23: Cho f(x) liéntuctrén R va f(2)=16, [ f(2x)dx = 2. Tichphan [ xf'(x)dx bing,
0 0

@ 30 28 © 36 DO 16
o@?’//ﬂ/ et et e s - e s el - - Ot 1 . 2 8850 8

5 v ;
Cau24: Chohamsé f(x)liéntuctrén R va Jf(x)dx =4 W (b) = 36?) =2.Tinh I = Ix3ff(x2 + l)dx
2 1
® 3 4 © 1 D 6
o@’y/ﬁi’ S e

DANG 4. Tich phan ham &n st dung phuong phap d6i bién s6 dac biét

4
Cau25: Chohiamsé y= f(x) liéntyctrén R vathéaman f(3-x)+ f(x)= %xg — x . Tich phan If(x)dx bing
|

1 1 2 5
= ® -— _= _2
® 18 © 15 © 36
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Cau26: Cho ham sé f(x) lién tyc trén R v thod man f( )+f(—x)—\/2+2C032x Vx eR. Tinh

an

Iz:l;nf(x)dx

® 1=-6 I=0 © 1=-2 D I=6

Cau27: Xéthamsé f(x) lién tuctrén doan [0;1] vathéa 2f (x)+3f(1-x)=~1- x* .Tinh If w
® = " g

N

3
Cau28: Chohamsé y = f(x) lién tuc trén doan [1;3] théaman f(4—-x)= f(x),Vxe[L3] va _[xf(x)dx =-2.
1

3
Gia tri _[f(x)dx bing
1

@ 2 -1 © -2 O 1

Cuang 90 |
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Cau 29: Cho ham s6 f(x) hen tuc trén ]R vavéi Vx e [O 2018] tacéd f( )> O va f(x) f(2018 x) 1.Gidtri

2018 1
cuatich phén I = I ————dx 1a
o 1+/(x)

@ 2018 0 © 1009 O 4016

15x

C4au30: Chohamsé y= f(x) liéntyctrén R\ {0} vathéaman 2.f(3x) + 3f(gj = If( )dx = k. Tinh
x

I= f(%)dx theo k.

| — 0 | W

_ — 9
@ 1. 35tk [ A5k © 1o35+k © 1o45-2% ‘A‘

DAN G 5 Tlch phan ham chan le

2 1
Cau3l: Cho f(x)lamétham s chén,liéntuctrén R va I f(x)dx =2.Tinh jf(Qx)dx
2
1

N j.f(2x)dx:2 jf(Qx)dx:4 © jf(2x)dx:

0

1

) If(2x)dx:1

N[+~ ©
o

Cuang 97 [
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2
Cau32: Chohamséchin y= f(x)liéntyctrén R va If dx =8.Tinh If x)dx
0

@ 2. 4. © s. D 16.

Cau33: Cho ham s6 y = f(x) 13 ham s6 chén, lién tyc trén R va s6 thuc a duong thoa If(x)dx =3. Tinh
0

@ r1=3. I=6. © 1=0. ® 1=9.

‘OP’

2 3
Cau34: Cho y= f(x)lahams6 chin, c6 dao ham trén doan [-6;6]. Biét ring If(x) dx =8 va jf(—2x) dx = 3.
1

-1

Tinh _Tf(x)dx
@ 1=11 I=5 © 1=2 O I=14

Cany 92 [
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1
Cau3s: Chohams6 f(x) lahiam s6 chin, lién tuctrén R théa man If(x) dx =2018 va g(x) laham s6 lién tuc
0
1
trén R théaman g(x)+g(—x)=1, Vx eR. Tinhtich phan I = If(x).g(x)dx.
)

@ 1=2018 I:% © 1=4036 © 1=1008

B

-1
Cau36: ChonChohamsé f(x) liéntuctrén R vacé | f(x)dx=3. Tinh I = J.f (|2x|)dx.
-1

ot |

@ 1=0. 1=g. © 1=3. ® I=6.

. S A S, N

[ 3 1
Cau37: Cho f(x)lahamsSliéntuctrén R va [ f(x)dx=4, [ f(x)dx=6.Tinh I= [ f(|]2x+1])dx.
0 0 -1

@ 1=3. I=5. © I=6. O I=4.
R ————

Dang 6. Bai toan tich phan lién quan dén bi€u thiic f'(x)+ p(x).f(x)=h(x)

C4u38: Chohamsé y= f(x).C6daohamliéntuctrén R .Biét f(1)=e va (x+2)f(x)=xf (x)— x>, Vx € R. Tinh
f@2).
@ 4e’-4e+4. 4e* —2e+1. © 2e*-2e+2. O 4e’*+4e-4.

N
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diéu kién:

Cau39: Cho ham s6 f(x) lién tuc vA c6 dao him tai moi xe(0;+) dong thoi théa man
flx)= x(sinx +f (x)) +cosx va .[E%n f(x)sinxdx = -4 Khi dé, f(r) ndm trongkhoangnao?
2
@ 7). (5;6). © (1213). ® (1112).

Cau40: Cho ham s6 f(x) théa man f'(x):[f(x)]" =xe* véimoi xcR va f(1)=1. Hoi pw finh
f(x)= —é c6 bao nhiéu nghiém?
® o 1

Cau4l: Chohamsé y= f(x) xic dinh va lién tyc trén R\ {0} théa man: x*f?(x)+(2x—1) f(x)=x.f"(x)-1

4
véidongthsi f(1)=2. Tinh [ f(x)dx.
1

1 3 3 1
2ln2-— ® -2n2-°> “In2-° ~In2->
@ n2-- ® n2-7 © -In 2 O -In 2
o(ﬁ" 7 A
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Cau42: Chohamsd f(x) c6 dao ham lién tyc trén khoang (0;1) va f(x) =0, Vx €(0;1). Biét rang f [%j =a,

T2 X .
f V3, vi X+ xf (x)=2f(x) -4, Vx & (0;1). Tinh tich phan I = [ 5%~ C‘Q’Sf”zsmzxdx theo a va b.
2 5 f*(sinx)
3a+b 3b+a 3b-a 3a-b
I= ® I= I= I= .
® 4ab ® 4ab © 4ab © 4ab

o(ﬁ?’//di e e e e e e e e e et e e e e e e e e et e et e e e e e e e e e e e e e e e e e
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ORI WHII THIIPT QUOC Gl & 2020-2Q121

e GIAI TICH 12 - CHUONG I

Lap tain iy Thing Bk Bioi: ——— DAY THAT — HOC THAT - GIA TRI THAT

CHUONG IIl. NGUYEN HAM — TIiCH PHAN VA UNG DUNG
BAJ 3: UNG DUNG TiCH PHAN

CHUYEN DE 1: TINH DIEN TiCH HINH PHANG

A: KIEN THUC CAN NHGO.

Néuhamss y = f(x) lién tyc trén (a; b) ¢ cicnghiémla a<x <x, <..<x <b thi

Z‘jf(x)dx

j]f(x)‘dx ZE‘f(x)‘dX+I‘f(x)‘dX++j‘f(x)‘dx -

1. Dang 1. Dién tich hinh phding (H) gidi han béi do6 thi hamsé y = f(x) , truc Ox(y = O) va cdc duong thing

x=ax=>b.
Dién tich hinh phing cin tinh ¢6 c6ng thicla: |S = ﬂf (X)‘ dx I y v=f(x)
5 = e = e e o < () e ) oG b >
Chii y

1) Dé phé bé ddu gid tri tuyét d6i ta thudng lam nhu sau:
v" Giai phuong trinh: f(x) =0 tim nghiém x ,x,,...,x € (a;b) véi (X1 <Xx,<..< Xn) .

[ (s)a] o[ ()]

Ngoai cach trén, ta c6 thé dya vao d6 thi hodc dung mdy tinh CasiO dé€ bé ddu gid tri tuyét d6i.
v Néu phén d6 thi nim trén truc hoanh thi ‘f(x)‘ = f(X) .

v' Tinh: S = LXI ‘f(x)‘dx -i—J:2 ot

f(x)‘dx +... +I:

f(x)‘dx =

v" Néu phén d4 thi nim duéi truc hoanh thi ‘f(x)‘ = —f(x) .

2) Trong nhiéu trudng hgp, bai todn yéu cdu tinh dién tich hinh phéng giéi han bsi dé thi (01) ry=f (X) va truc

hoanh. Khi 46, ta ¢6 cong thic tinh nhu sau: S = T ‘f(x)‘ dx.

Trong dé: x,x tuongtingla nghiém nho nhat, 16n nhit cta phuong trinh: f (X) =0.

2. Dgng 2. Dié¢n tich hinh phdng (H) gidi han béi do thi y = f(x),y = g(x) va cdc duong thingx =a,x=Db.

g a c l;

@’M;y 96 /
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1) Dé pha bo d4u gia tri tuyét d6i ta thudng lam nhu sau:
v" Gidi phuong trinh: f(x) = g(X) tim nghiém X, X, 50X, € (a;b) vGi (X1 <x,<..< Xn) .

() () as + [ [f(x) - (x| ot [ () - )]s
(£ x)- )| () - )

1
1
1
1
1
1
1
1
1
1
1
1
1
1
Ngoai cdch trén, ta c6 thé€ dya vao d6 thi d€ bo ddu gié tri tuyét doi. i
v" Néu phén d6 thi f( ) ndm trén phan d6 thi g th1 ‘f (X)‘ = f(X) - g(x) . i
1

1

1

1

1

1

1

1

1

1

1

1

1

1

1

1

1

1

+...+

v" Néu phan d6 thi f( ) nam dudi phan d6 thi g th1 ‘f (X)‘ = —[f(x) - g(X)]
2) Trong nhiéu trudng hgp, bai todn yéu ciu tinh dlen tich hinh phing giéi han béi hai d6 thi (01) ry=f (X) )
(02) 1y = g(X) . Khi d6, ta c6 coéng thitc tinh nhu sau: S = }‘f(x) - g(x)‘ dx .

X

Trong dé: x,x tuonginglanghiém nho nhit, 16n nhat ctia phuong trinh: f (X) = g(X)

MOT SO Vi DU

............................................................................................................................................................................ -1

i Tlnh dién tich S cia hinh phing gi¢i han b&i dé thi him s6 y = x°, truc hoanh va hai dudng thing x =1,x =2 i

Plap o~ |S ==2|,

............................................................................................................................................................................ -1

i Tmh dién tich S cta hinh phing giéi han b&i d6 thi haim s6 y = x* -1, truc hoanh va hai dudng thing x =0,x=2. |

................................................................................................................................................................................................. -1

i Tmh dién tich cta hinh phing gidi han bsi d6 thi ham s6 x = vy -y -2, truc tung va hai dudng thing y =1,y =3. |

Plipsi- [S=3|. A

Cuny 97 |
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................................................................................................................................................................................................ -1

' Tinh dién tich hinh phing gi6i han béi cic dudng thing vy = x vd y = —x” +2x.. i

o e om0 8 8 8 8 8 8 8 0 0 om0 o 0 om0 ]

: x=-2.

o oo om0 8 8o MR ¢ o o 0 8 B B ¢ o 8 8 8 8 8 0 8 o 0 0

S — . W

1
| Tinh dién t1ch hinh phing giéi han bai: (C) cy=x"-3x+2, x=-1 vatiép tuyén cta (C) tai diém c6 hoanh d6 i

Cho d6 thiham s6 y =sinx, y =cosx va S|, S, 1a dién tich cta cic phdn

dugc gach chéo nhu hinh vé. Tinh S? + 87 ?
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Prp s |S?+S7 =11+242|.

................................................................................................................................................................................................... -1

' Tinh dién tich hinh phing gi6i han béi y = ‘Xz + 2X‘ vaduongthing d: y =x+2. i
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CHUYEN DPE 2: TINH THE TiCH VAT THE TRON XOAY
A: KIEN THUC CAN NHO.

1. Dgng 1. Thé tich ctia vt thé: Mot vat thé V' dugc gidi han béi hai mit phang vudng géc véi truc hoanh tai hai diém c6
hoanh d6 x=23, x= b(a < b) . Goi S(X) la dién tich thiét dién caa V , vudng gbc véi truc Ox tai x e [a;b} (hinh vé).

Thé tich V cho béi cong thic: |V = _.'S (x)dx ,

v

rDién tich mot s6 mat quen thudc hay gip.

i
i v" Tam gi4c déu canh x cé dién tich S(X) =
i

i

! v" Hinh vudng canh x cé dién tich S(x) =x2.

i

H v Hinh chit nh4t c6 hai canh a vab cé diéntich S =ab.
i

H v Hinh tron c6 ban kinh R c6 dién tich S(X) =71R%.
L

2. Dagng 2. Thé'tich khéi tron xoay: Cho hinh phing gi6i han béi d6 thi cua f(x) lién tyc trén doan [a; b] ,truc Ox va

hai dudng thing x = a,x = b quay quanh Ox , ta dugc khdi tron xoay (hinh vé bén).

Thé tich V' caa khéi tron xoay la:

3. Dgng 3. Thé tich khéi tron xoay: Cho hinh phang gi6i han béi d6 thi caa (x) , g(x) lién tuc trén doan [a;b} va hai

dudng thing x = a,x = b quay quanh Ox , ta dugc khéi tron xoay (V) .

Thétich V' cuakh6itronxoayla: |V = 7TI [f(x)T —[g(x)]z dx
Chii y
!- v Tinh thé tich khéi tron xoay sinh ra khi quay hinh phing D gi6i han b&i cic dudng !
] ]
E X = g(y), yv=a,y=»b, Oy quanhtryc Oy dugc tinh theo cong thuic: |V = 7TI g’ (y)dy E
1 - 1

Nhén xét: Trong qua trinh lam bai todn thé tich vat thé tron xoay Dang 2, Dang 3 thi phuong phdp tim c4n phu nhu
dalam trong bai toan tinh dién tich hinh phang la xét phuong trinh hoanh d¢ giao diém cta hai duong cong.
B: MOT SO Vi DU

Cuny 200 [
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Tinh thé tich ctia v4t thé nim gitta hai mit phing x =0 va x = \/g , biét thiét dién ctia vt thé cit boi mat phing (P)

| -

] vudng géc véi truc Ox tai diéfm cé hoanh d6 x (0<x < \/g ) 1a mét hinh chi nhat c6 d6 dai hai canh 13 x va V1+x2,

!
E Tinh thé tich ctia v4t thé nim gitta hai mit phing x =0 va x =1, biét thiét dién cua vat thé cit boi mit phing (P) i
i vuong goéc véi truc Ox tai diém c6 hoanh d6 x (0 < x <1) 1a mot dudng tron ¢ d6 daibdnkinh R = xvx+1. i

Brip 56> |V == I—;T (dvtt).

: !
i . Cho hinh phang D gi6i han béi dudng cong y = Vx*+1, truc hoanh va cdc dudng thing x = 0;x = 1. Tinh thé tich :
kh01 tron xoay tao thanh khi quay D quanh truc hoanh. :

i Cho hinh phing giéi han b&i cic dudng y = x* —6x” +9x, y = 0 quay xung quanh truc Ox. Tinh thé tich caa khéi i
| tron xoay tao thanh. i

: !
\ Cho hinh phing D gi6i han bsi dudng cong v = V2 +sinx , truc hoanh va cic dudng thing x =0;x = 7. Tinh thé !
tlch khéi tron xoay tao thanh khi quay D quanh truc hoanh. :
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1
Cho hinh phing (D) c6 gidi han bdi d6 thiham s6 y =tan x , hai dudng thing x =0, x = g va truc hoanh. Tinh :

thé tich khéi tron xoay tao thanh khi quay D quanh truc hoanh.

N — e

Cho hinh phing (H) c6 gii han bdi dudng cong ¥ =+Inx , truc hoanh, dudng thing x =1va x=k (k > 1) . Goi
V., la thé tich khéi tron xoay thu dugc khi quay hinh (H ) quanh tryc Ox . Biétring V, = 7. Tim k.

%w‘?.

............................................................................................................................................................................. -1

' Tlnh thé t1ch khdi tron xoay dugc gisi han béi cic dudng y = (1 b'e ) y =0, x=0 va x =2 khi quay quanh truc Ox

i Cho hinh phing giéi han b&i cic dudng y = 2x”, y* = 4x quay xung quanh truc Ox. Tinh thé tich cia khéi tron xoay |
! tao thanh. i
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Bl 16 V=6?7T.

................................................................................................................................................................................................... -
- Tinh thé tich khéi tron xoay khi ta quay hinh phing gi6i han béi céc dudng y = \/; , ¥ =2-x,y =0 quanhtruc Oy. !
QQRPML oo

Cho (H ) 14 hinh phéng giéi han bai i cung tron ¢6 ban kinh R = 2, dudng

cong y = V4 - x vatruc hoanh (mién t6 dam nhu hinh vé). Tinh thé tich V
i ctia khéi tao thanh khi cho hinh (H ) quay quanh tryc Ox.

: Goi V la thé tich khdi tron xoay tao thanh khi quay hinh phéng giéi han bai céc : ! :
: dudng y = \sinx , hai truc toa d6 va x = 7, quay quanh truc hoanh. Pudng : | i
' thing x = k (0 <k< 7r) cdt 36 thi ham s6 tai diém M va truc hoanh tai diém y i
: N (hinh vé bén). Goi V| 1a thé tich khéi tron xoay tao thanh khi quay tam gidc : :
i ‘ 12 5 : :
: OMN quanh tryc Ox . Biétring V = ?V1 , tim gid tri ca k. : 5 kA Lo :
:l_ ...................................................................................... =) ittt —_. e 1
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QBJHAL -

C: BAI TAP REN LUYEN

ORI THI WHIPT QUOC Gl & 2020-2021

GIAI TiCH 18 - CHUONG I

Lap abin tiiyg Thingy Bhiniti Pissh DAY THAT - HOC THAT - GIA TRI THAT
PHAN BE UNG DUNG TiCH PHAN

Cau 1: Dién tich cua hinh phang (H) dwoc gi¢i han boi dé thi ham s6 y = f(x), truc hoanh va hai dwong

thing x=a, x=b (a<b) (phin té ddm trong hinh vé) tinh theo cong thic:

@ Szj:f(x)dx. Sz—j.f(x)dx+jlf(x)dx.

() S=jf(x)dx+-l|2f(x)dx.

o@”y/d/ e e e e e e e e e e e e e e e e e e e e e e e e e e e e
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Cau 2: Cho ham s§ y = f(x) lién tuc trén Rva c6 do thi (C)la dwong cong nhu hinh vé bén.

Dién tich ctia hinh phing gi¢i han béi d6 thi (C) va hai dwdng thang x=0, x=2(phin t6 den) 1a
® s=[f(x)ax-[ 7 (x)dx. s 7 ().
© s=—[ fx)dx+[ f(x)dx. © S=| f(x)dx.

Cau 3: Dién tich hinh phing dwoc giéi han b&i @6 thi ham s8 y = xe*, truc hoanh va hai duong thang
x=-2; x=3 c6 cong thirc tinh 1a

N Szj'xe"dx. S:j:|xe"|dx. © S=
) 2

3
I xe*dx
=2

3
. D) S:nJ.xe’Cdx.
B

N S VRN = = R /A S

Cau4: Dién tich hinh phing gi¢i han b&i d6 thi ham s6 y = —x* +4, truc hoanh va cac duwong thing x=0
, x=31a

23 25
® 3. ® . © = O .

o bs & st: Thong Dinh Dinh
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Cau 5: Dién tich S cta hinh phing gi¢i han b&i dd thi ham s8 y = x°, truc hoanh Ox, cac dwong thing
x=1, x=2 la
7

® S=§. S=%. © s=7. D S=8.

B

Cau 6: Dién tich hinh phing gié¢i han bé&i d6 thi ham s8 y =cos x, truc tung, truc hoanh va duwdng thing
x =1 bing

@ 3. 2. © 4. O 1.
o@?’//d/ et et et s B e I - ettt .5 0 8780 8

Cau 7: Dién tich hinh phang gi¢i han bé&i dd thi cac ham s6 y = x> -2x va y=-x>+4x la

@ 34. 18. © 17. ® 9
o(ﬁ’%/di ot et o e i i eSO Rt e s NN e e e e i 8 0 0

Goi S la dién tich cua hinh phdng gi¢i han béi cac d6 thi ham s6 y=x"+3 va y=4x. Xac dinh
ménh dé dang

@ S=T|x2—4x+3|dx. S=i(x2—4x+3)dx.
1 1

© S=i(|x2+3|—|4x|)dx. ) S=T|x2+4x+3|dx.
1 1

o bs & st: Thong Dinh Dinh
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Cau 9:

Lorpii-...

Cau 10:

Cat mot vat thé 9 béi hai mit phang (P) va (Q) vudng goc véi truc Ox lan lwot tai x =a va x=b
(a <b). Mot mit phing tuy ¥ vudng goc véi Ox tai difm x (a < x <b) cit 4 theo thiét dién c6 dién
tich la S(x). Gia st S(x) lién tuc trén doan [a;b]. Khi d6 phan vit thé 9 giéi han béi hai mit
phing (P) va (Q) c6 thé tich bing

b b b b
N V:J.SQ(x)dx. V:HIS(x)dx. © V=J.S(x)dx. ) Vzn-[SZ(x)dx.

Trong khong gian Oxyz, cho vat thé dwoc gi¢i han béi hai mit phing (P), (Q) vudng goc véi truc

Ox lan lwot tai x =a, x=b (a<b). Mot mit phing tuy y vuong goéc véi Ox tai diém c6 hoanh do

x, (a<x<b) cit vat thé theo thiét dién c6 dién tich la S(x) véi y =S(x) la ham s6 lién tuc trén
[a;b]. Thé tich V cuaa thé tich d6 dwoc tinh theo cong thirc

0 bs & st: Thong Dinh Dinh
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Caull:

Gop .

Cau12:

Cau 13:

Cau 14:

Cho hinh phing (H) giéi han béi @6 thi ham s6 y =-x*+4x-3, truc hoanh va hai dwong thing
x=1,x=3. Quay (H) xung quanh truc hoanh dwoc khéi tron xoay c6 thé tich la

N V=T|x2—4x+3|dx. V=ji|x2—4x+3|2dx.
1 1

© V=ni(x2—4x+3)2dx. (3) V=n?|x2—4x+3|dx.
1 1

Cho hinh phing (H) giéi han béi cac dwdng y=+/x, x=0, x=1 va truc hoanh. Tinh thé tich V
cta khéi tron xoay sinh béi hinh (H) quay quanh truc Ox.

@%. % © . O V.

Cho ham s8 y = f(x) lién tuc trén doan [a;b]. Goi D la hinh phang gi¢i han béi d6 thi ciia ham s6
y = f(x), truc hoanh va hai dwong thang x=a, x=b (a<b). Thé tich cta khdi tron xoay tao
thanh khi quay D quanh truc hoanh dwoc tinh theo cong thirc

®@ Vzn.lffz(x)dx. V=n2j.f2(x)dx. © V=7t2jzf(x)dx. ) V=27t-l|zf2(x)dx.

Cho ham s6 y = f(x) co d6 thi nhw hir?ué\

-

Ciany w5 [ == o bs & st: Thong Dinh Dinh
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y

/430 2 X

Dién tich S cua hinh phang gioi han boi d6 thi ham s6 trén voi truc hoanh la:

@ Szj.f(x)dx. S:j.f(x)dx—j.f(x)dx.

© s= _[f(x)dx+_[f(x)dx. © S=Tf(x)dx+j‘f(x)dx.

Cau 15: Dién tich S hinh phang gi¢i han béi cac dwong y = x* +2x+1, truc hoanh, x=1 va x=2 la:

® s=31. ® s=2. © s=2L. ®S=%.

4 4 4

Cau 16: Dién tich (S) cta hinh phing giéi han béi d6 thi ham s§ y = x° -1, dwong thing x=2, truc tung

va truc hoanh la

® s%. S—a. © S=2. ) s:%.

o@’y/ﬁi’ e e e e e e e e e e e e e e e e e e e e e e e e e e
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Cau 17: Dién tich S cla hinh phing gi¢i han b&i d6 thi ham s6 y = x® - 4x, truc hoanh va hai dwong thing
x=-2, x=41la
® s=22. ® S=36. © s=44. D s=8.

o(ﬁ?’//di e e e e e e e e e et e e e e e e et e et e e e e e e e e e e e e e e

Cau 18: Dién tich ctia hinh phéng gi¢i han béi cac duong y=2x; y=x°; y=1 trén mién x>0; y>1 bang
11 5 7
=. ® —. —. —.
® ® 12 © 12 © 12

o(;ﬁ’//d/ B ey

Cau 19: Dién tich S cia hinh phang gi¢i han b&i d6 thi hai ham s6 y=x*-x va y=x-x> 1a
9 4 7 37
S=-. S=—. S=—. S=—.
® 4 3 © 3 © 12
o@”//di ettt o eSO s NI B e e e i i 0 8

Cau 20: Dién tich hinh phing gi¢i han béi cac duong y = x° va y = x°bang

® 0. ® 4. ©%. O 2.

bs & st: Thong Dinh Dinh




Cumy lar M hay cuid li by Bhde vao db bt cia ngay fam IZJ}/.//

09411.02468— 0987.154.555

Cau 21:

Goi S la dién tich hinh phing béi gi¢i han bdi d6 thi ham s6 y =

x2

2x

cac dwong thing x=m, x=2m (m>1). Gia tri cia m sao cho S=In3 la

® m=5. m=4.

© m=2.

® m=3

, dwong thing y=x—

1 va

Tinh dién tich S cta hinh phang gi¢i han béi dd thi cac ham s6 y =3x*, y=2x+5 va hai dwong
thing x=-1 va x=2.

69
® s=27. 209

27

256

® S ®S—27.

Dién tich S clia hinh phing giéi han béi &6 thi ham s6 y = Jx , truc hoanh va dwong thing y = x-2
la

© s=2.

o@”//ﬁiﬁ e e e e e e e e e e e e e

Cau 24: Tinh dién tich hinh phing gi¢i han bai d6 thi (P):y = x*> —4x+5 va cac tiép tuyén cta (P) tai A(12)
va B(4;5).

Cung 221 |
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®

SRt
®
O+
©
| ©o
©)
N

N

Cau 25: Dién tich hinh phing gi¢i han béi d6 thi ham s8 y = f(x) va truc hoanh 1a

Cau 26: Cho phan vat thé B gi¢i han béi hai mit phing c6 phuong trinh x=0 va x = % Cit phan vat thé
B béi mit phang vuéng goc voi truc Ox tai diém c6 hoanh dé x (0 <x< %) ta dwoc thiét dién la

mot tam giac vudng c6 d6 dai hai canh goc vuong 1an lwot 1a 2x va cos x . Thé tich vat thé B bang:

® \/§n+3 \/571:—3 © \/gn—S ) %

6 3 6

o@&’//di e e e e e e
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Cau 27: Xét vat thé (T) ndm gitra hai mit phdng x=-1 va x=1. Biét rang thiét dién cla vat thé cit boi mat
phing vuéng goc voéi truc Ox tai diém cé hoanh d6 x (-1<x<1) la mét hinh vuéng c6 canh
241-x* . Thé tich cta vat thé (T) bing

lé6r 16

w | oo

Cau 28: Thé tich khéi tron xoay tao thanh khi quay hinh phing giéi han béi cac duong y=xe?, y=0,
x =0, x=1 xung quanh truc Ox la

@ V=n(e-2). V=e-2. © Vz%. ® V=r’.

Cau 29: Thé tich khéi tron xoay tao thanh khi quay dién tich hinh phing gi¢i han béi cac dwong cong
y =sinx, truc hoanh va cac dwong thing x=0, x =n xung quanh truc Ox la

2
@ vV=2r. V=2, ©v==_. 1) V:%.

CAu 30: Cho hinh phing gi¢i han bing cac duong y=+x-1, y=0, x=4 quay xung quanh truc Ox. Thé
tich khéi tron xoay tao thanh la

21 7
V==, V==
® 3 c

Ciany 243 | bs & st: Thong Dinh Dinh
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Cau 31: Thé tich cua khéi tron xoay dwoc tao thanh khi quay hinh phing giéi han béi do thi ham sé
y =x" —x va truc hoanh quanh truc hoanh la

A
@ <.

R

A
® 3.

Cau 32: Thé tich vat thé tron xoay khi quay hinh phing giéi han béi y=1-x*>, y=0 quanh truc

V= % véi a, b la s6 nguyén. Khi d6 a+b bing

@ 11.

o@i’//di ettt e e e e B

17.

© 31

) O 25.

Ox la

CAu 33: Goi D la hinh phing giéi han béi d6 thi ham s6 y =+/x , cung tron c¢6 phuwong trinh y =6 - x
(—«/6 <x< \/6) va truc hoanh . Tinh thé tich V cla vit thé tron xoay sinh bé&i khi quay hinh phing

D quanh truc Ox.

@® v=8nl6-2r.

V =8n6 +

221

Cung 12£ |

221

® V=4TE\/€+?.

o bs & st: Thong Dinh Dinh
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R —

Cau 34: Goi (H) 1a hinh phing gi¢i han béi parabol y = x* va dwong thing y =2x. Tinh thé tich khéi tron
xoay tao thanh khi quay hinh (H) xung quanh truc hoanh.

l6r
N T T5 © —/—. ®o —.

Cau 35: Tim cong thirc tinh thé tich cua khéi tron xoay khi cho hinh phéng gi¢i han béi parabol (P):y = x*
va dwong thing d:y=2x quay xung quanh truc Ox.

@ 7'13-2[()62 - 2x)2 dx. nj. 4xdx - TL'_Z.. x*dx. © nj. 4x’dx + nj. x'dx. © nT(2x - xz)dx .
0 0 0 0 0] 0]

o@i’//di it et o 5 A s SOOI ... BB e e e i i i i 8

Cau 36: Cho (H) la hinh phing gi6i han béi Parabol y=2x>-1 va nta dwong tron cé6 phuwong trinh
y=2-x* (véi —J2 < x<+2) (phin t6 ddm trong hinh vé).

Ciany 115 / 0 bs & st: Thong Dinh Dinh
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Y

Dién tich cta (H) bdng

@ =2 . ©

Cau 37: Choham s6 y=x"-mx (0<m<4) codo thi (C). Goi S,+8S, la dién tich cua hinh phang gioi han
boi (C), truc hoanh, truc tung va dwong thing x=4 (phan té6 dam trong hinh ve bén dwoi). Gia

tricua m saocho S, =5, la

(C)

S

St

Cau 38: Cho parabol (P):y = x> vahai diém A, B thujc (P) sao cho AB=2. Tim gia tri 16n nhit cia dién
tich hinh phang giéi han béi parabol (P) va dwdong thing AB .

Ciany 116 | o bs & st: Thong Dink Dink
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®

N w
®
Wl
©
Nlw
©
ol

Cau 39: Cho hinh phing D gi¢i han béi parabol y = —%xz +2x, cung tron c6 phuwong trinh y=+16-x*,

véi (0 < x<4), truc tung (phan té6 dam trong hinh vé). Tinh dién tich cua hinh D.

Cau 40: Dién tich hinh phang nidm trong goc phin tw thit nhit, gi¢i han béi cac dwong thing y=8x, y=x
va do thi ham s6 y = x* 1a phan s6 téi gian % . Khi d6 a+b bing
® 62. 67. © 3s. D 66.

R —

ra khi quay hinh phing gi¢i han béi dwong tron

o bs & st: Thong Dinh Dinh
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® v=6r. V=6r". © VvV =3r". ® V=6r’.

Cau42: Goi (H) la hinh dwoc giéi han boi nhanh parabol y =2x* (v6i x>0), dwong thing y=-x+3 va
truc hoanh. Thé tich ciia khéi tron xoay tao béi hinh (H) khi quay quanh truc Ox bang

52r 17n 51n 53m
V=—. V="—x. V=—. V=—7-.
® 15 5 © 17 © 17

S

CAu 43: Cho nira hinh tron dwong kinh AB = 44/5 cm. Trén dé nguoi ta vé mot parabol cé dinh trung véi
tam cua nira hinh tron, truc déi xing la dwong kinh vudng goc véi AB . Parabol cit nira dudong tron
tai hai diém cach nhau 4 cm va khoang cach tir hai diém d6 dén AB bdng nhau va bing 4 cm.
Sau d6 nguoi ta cit bé phan hinh phing gié¢i han béi dwong tron va parabol .

A B
Pem phan con lai quay xung quanh truc AB . Thé tich ctia khéi tron xoay thu dugc bing

® V= %(800\/5—928)Cm3 ) V= %(800\5—928)cm3.

© v-= %(800\/5—928)cm3 ) O V-= %(sooﬁ— 464)cm3 .

Cuny 118 [




Cumy lad #hic hay it l plbe thade vao di liie cia ngiy fom nay 7 09411.02468— 0987.154.555

Cau 44: Trong mit phiang (P) cho hinh vuéng ABCD c6 canh bang 6 va hinh tron (C) c6 tam A, duong
kinh bdng 12 (hinh vé bén). Tinh thé tich V cua vat thé tron xoay dwgc tao thanh khi quay mo
hinh trén quanh truc la dwong thing AC.

N V=36(12+J§)n. V=36(4+3J§)n.
© V=36(6+J§)n. 15) V=36(4—J§)n.

R

Cau 45: Goi (H) 1a hinh phang dwoc gi¢i han béi nhanh parabol y =2x” (vé6i x>0), duong thing y=-x+3

va truc hoanh. Thé tich V cta khéi tron xoay tao bdi hinh (H) khi quay quanh truc Ox.

17m 521 _ 51n ® V= 53r

V=——71! W = —=— V=—"-o] -
® 5 15 © 17 17

o@i’/t’#f et et e s B i e S et e A e B e e e e e i i i 0

Cau 46: Cho parabol (P):y=x’va mét duong thing d thay d6i cit (P) tai hai difm A, B sao cho
AB=2018. Goi S la dién tich hinh phdng gi¢i han béi (P) va duwong thing d. Tim gia tri 16n nhit
S, .. cua S.

max

@ s _2018+1 o 2018 o _2018-1 o o 2018
max 6 . max 3 . max 6 ‘ max 3 °

R —
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Cau47: Chohamsé y=x"-3x>+m 6 db thi (C,), véi m la tham sé thwc. Gia st (C,,) cdt truc Ox tai bdn

diém phéan biét nhw hinh vé

w
I
T

[
h
T

x1 x

.'z@’ 0 \@'z‘ 34
i

Goi S,, S,, S, la dién tich cac mién gach chéo dwoc cho trén hinh vé. Gia tri cia m dé€ S, +S, =S,

la

5 5 5 5
®_5- Z- ©_Z- ®§.

R

CAu 48: Goi V la thé tich khéi tron xoay tao thanh khi quay hinh phing giéi han béi cac duong y=x ,
y=0 va x=4 quanh truc Ox. Puong thing x=a (0<a <4) cit d thi ham s§ y=+x tai M (hinh
vé bén). Goi V, la thé tich khéi tron xoay tao thanh khi quay tam gidc OMH quanh truc Ox. Biét

rang V =2V,. Gia tri clia a théa man
AY

0 a 4

@ ae[3;4). ae([2;3). © ae[12). D® ae(01).
B

Cau 49: Tinh thé tich V cha khéi tron xoay tao thanh khi quay hinh tron (C):(x+2)*+(y-3)" <1 quanh
truc Ox.

@ V=2 (dvtt). %4 V=1 (dvtt). ® V=6m (dvtt).

Ciary 220 | @) o545t 1rongDinn Dinn
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Cau 50: Cho hai duong tron (0,;5) va (0,;3) cit nhau tai hai difm A, Bsao cho AB la mét dwong kinh
ctia duwong tron (0,;3). Goi (D) la hinh phing dwoc giéi han boéi hai dwong tron (& ngoai duong
tron 16m, phan dwgc gach cheo nhu hinh vé). Quay (D) quanh truc 0,0, ta dwoc mdt khéi tron

xoay. Tinh thé tich V cua khoi tron xoay dwoc tao thanh.

A

Ciany 122 / o bs & st: Thong Dinh Dinh
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Chuyén Pé 3:

A: KIEN THUC CAN NHO.

1. Bai todn chuyén dong:

dugc quang duongla :

BAI TOAN THUC TE - DO THI BAC BIET

v' Mot vat chuyén dong c6 phuong trinh gia téc a

Szj:V(t)dt

V" M6t vat chuyén dong theo phuong trinh vén téc V(t) trongkhoangthdigiantit t =a dén t=»b (a < b) sé di chuyén

(t) thi van téc ctia vat d6 sau khodng thai gian T' = ¢, - ¢, la:

2. Bai todn lién quan dén cdc yéu té vit ly.

cting ctia 16 x0. Cong can d€ kéo dan lo xo tir do dai I, dén d¢ dai I, la:

Ly

Q:!I(t)dt

1

v" Theo Dinh luit Hooke, luic cin diing dé gii7 10 xo gian thém x mét tir do dai ty nhién 13 (X) =kx,véi k (N / m) 1ladd

v Dién lugng chuyén qua tiét dién ctia day dan cua doan mach trong thoi gian ti ¢, dén ¢, la:

B: Vi DU MINH HOA.

v Xét Elip (E) 6 dé dai truc 16n 2a, truc bé 2b vatidu cy 2¢: Pt (E)

Véi ¢? = a® — b* . Khi d6 Elip c6 dién tich Ia:

v" Dudng tron (C’) co tam I(a;b) ban kinh R cé phuong trinh la: (X = 3)2 + (y = b)2 =R’

Néu (C) co tam O(O;O) thi suy ra phuong trinh ctia (C) : .

............................................................................................................................................................................. -1

thoi diém ¢ = 0(s) dén thoi di€ém ma vét diing lai.

i
i
ettt £ £ £ 8 £ £ £ £ 8 £ £ £ £ £ £ £ 8 £ £ £ £ £ 8 £ £ £ £ £ £t 4

Cuny 222 |

i Mot vat chuyén déng chdm dan déu véi van téc v(t) =120 -10¢ (m/ s). Tinh quang dudng ma vit chuyén dong tu
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i Mot 6 t6 dang chuyén dong déu véi van téc 12m/s thi ngudilai dap phanh, tii thi diém d6 6 t6 chuyén déng cham |
dan déu véi van toc V( ) =-2t+ 12(m/ s) , (trong d6 ¢ 14 thoi gian tinh bing gidy, ké tit ldc dap phanh). Héi trong :

tho’1 gian 8 gidy cudi (tinh dén khi xe dirng hén) thi 6 t6 di dugc quang dudng biang bao nhiéu?

| Mot 6 t6 bit dau chuyén doéng nhanh dan déu véi van téc v, (t) = 7t(m / s). Pi dugc 5(5) , ngudi lai xe phét hién
: chudng ngai vat va phanh gdp, 6 t6 tiép tuc chuyén dong chim dan déu véi gia téc a =7 O(m/ s? ) Tinh quang

dlidng S ( ) di dugc ctia 6 t6 tir ldc bit ddu chuyén banh cho dén khi ding han.

N S s S S L, :

i 1=q'v6i q ladién tich tic thdi ¢ tu dién. Tinh titlic ¢ =0, tinh dién lugng chuyén qua tiét dién thing cua diy dan

. ™
cua doan mach d6 trong thoi gian bang —.
w

21
Biip 7 |Q =21,

@ﬂly 793 /
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Nha chi Long cdn son mit trude ctia c6ng cé dang nhu hinh bén, biét cac
dudng cong cé dang la parabol véi cac kich thude dugc cho nhu hinh. Biét gia
thué nhan céngla 100.000 dong/ 1 (mz) . Héi chd Long phai tra cho bén thi
cong bao nhiéu tién dé son cdng ké trén? (S6 tién dugc lam tron dén hang

déng).

QR

Pip 56> Viy cht Long phai trd cho bén thi céng sé tién 1 | P = S.100000 ~ 1866667| (d).

Trong Cong TG IV _h(_)c_ - }_n"fné AR g_ﬂu_lh_ d_ar_lg_k_hg_lc_niq . ,_ ............................ y :y_ ............................. 1

: Maéi manh dugc trong mot loai hoa va né dugc tao thanh béi moét trong nhiing
- dudng cong dep trong todn hoc. G d6 ¢6 mét manh dat mang tén Bernoulli, né
dugc tao thanh ti dudng Lemmiscate c6 phuong trinh trong hé toa 36 Oxy la

16y* = x” (25 - X2) nhu hinh vé bén. Tinh dién tich S ctia manh d4t

Bernoulli biét ring méi don vi trong hé toa d6 Oxy tuong Ging véi chiéu dai 1

XYy

i
i
i
i
i
:
i mét.

Pip s6-Nén |S = ——(m")|.

@ﬂly 724 /
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Ong An c6 mot manh vudn hinh Elip ¢6 d6 dai truc 16n béing 16m va d6 dai
truc bé bing 10m. Ong muén tréng hoa trén mot dai d4t rong 8m va nhan truc
bé ctia elip lAm truc d6i xting (nhu hinh vé). Biét kinh phi dé tréng hoa la
100.000 déng/ 1 m® . Hdi 6ng An cin bao nhiéu tién dé trong hoa trén dai dat
© d62 (S6 tién dugc lam tron dén hing nghin.)

Prip s6- Khi dé s6 tién1a [T ~ 7.653.000 .

Mot cong ty quang cdo X mudn lam mdt bic tranh trang tri
hinh MNEIF & chinh gi@a ctia mét buc tudng hinh ch nhit
ABCD c6 chiéu cao BC =6 m, chiéudai CD =12 m (hinh
vé bén). Cho biét MINEF 1a hinh chi nhat c6 MN =4 m;
cung EIF c6 hinh dangla mét phan cta cung parabol ¢6 dinh
I'la trung diém ctia canh AB va di qua hai diém C, D. Kinh phi
 1am buc tranh 13 900.000 dong/ m” . Hoi céng ty X cén bao
- nhiéu tién dé 1am bic tranh d6 ?

@ PP S v ¢

w9

BPrip 567 |$ = 2;8 x900.000 = 20.800.000| do6ng.

Cuny 225 | 0 bs & st: Thong Dinh Dinh
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Mét manh vudn hinh tron tim O ban kinh 6m. Ngudi ta cdn tréng ciy trén dai |

- dat réng 6m nhin O lam tdm d6i xding, biét kinh phi trong cay la 70000 déng : [ om ] :
i i e i
i /m®.Hoéi can bao nhiéu tién dé tréng cy trén dai d4t d6 (s6 tién dugc lam tron | 0 i
: dén hang don vi) : :
| ~_ :
R

Ong Hién ¢6 mét manh vudn hinh elip c6 d6 dai truc 16n bing 10 (m) vado

: dai truc bé bang 6 (m) Tai vi trf hai dinh tryc 16n cia ménh vuon, dng ké hai- |

; duong tron c6 bén kinh 3 (m) Ong muén tréng hoa trén mot dai dét gisi

Pap 56> Vay s6 tién 6ng Hién can b rala | P = S.100000 ~ 13775 361| (dong).

Vidull

Cuny 1% | 0 bs & st: Thong Dinh Dinh
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Mot manh vudn hinh tron tim O ban kinh 6m. Ngudi ta cdn tréng cdy trén dai
d4dt rong 6m nhan O lam tdm d6i xding, biét kinh phi trong cay la 70000 déng

/ m* . Héi cdn bao nhiéu tién dé tréng ciy trén dai ddt d6 (sé tién dugc lam tron
dén hang don vi)

C6 mot vat thé 1a hinh tron xoay c6 dang giéng nhu mot cai ly nhu hinh vé duéi
déy. Ngudi ta do dugc dudng kinh ctia miéngly 13 4cm va chiéucaola 6cm. !
Biét ring thiét dién ctia chiéc ly cit bai mit phing di xting 13 mét parabol. Tinh !
thé tich V(cm3) ctia vat thé da cho. :

0 S W A == R :

%Jﬁ? V= 127r(cm3)

T i 1

f’(X) nhu hinh vé. So sdnh cac gié tri f(a), f(b), f'(c) .

Chohamsé f (X) c6 daoham f '(X) x4c dinh lién tuc trén R va c6 46 thi : b\
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: Chohamsé y = f(x) .DPo thictahamss y = f'(X) nhu hinh bén. Pt

g(x) = 2f(x) - (X + 1)2 . Khi d6, so sanh hai gia tri g(—3) va g(S).

: Chohamsé y = f(x) c6 daoham trén R. Hams6 y = f’(x) ¢6 d6 thi nhu

E hinh vé bén. Dit y = g(x) = f(x) —%2. So sdnh gia tri g(—l) va g(2).

Ciany .28 /
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C: BAI TAP REN LUYEN.

BAI TAP TN TOAN THUC TE VA PO THI DAC BIET T™MI
t?+4

Caul: Mot véat chuyén dong véi van téc v(t) =1,2+

3 (m/s) . Tinh quang dudng vat d6 di dugc trong 4 gidy ddu
+
(Lam tron két qua dén chit s6 thap phan thit 2).

@ 1,64m 11,01m © 11,81m ® 11,18m

R

Cau 2: Mot vat chuyén dong c6 phuong trinh van técla v(t) =t -3t +1 (m/s). Quang dudng vat di dugc ké tir khi bit
d4u chuyén dong dén khi gia téc bing 24 m/s* 1a:

%m 20m © 19m ) %m

o@’//ﬂi et e o B s S e e N et e Y Il "o B e e e e i i i i

-4
t+4

Cau 3: Mot chiéce 6 t6 dang chuyén dong véi van téc v(t) =2+ (m/s). Quang dudng 6 t6 di dugc tit thoi diém

t= 5(s) dén thoi diém t = 10(s) 1a
@ 12,23 m 32,8 m © 45,03 m O 10,24 m

L

Cau4: Mot 6t6 dang diing va bt ddu chuyén dong theo moét dudng thing véi gia téc a(t)= 6 -2t (m/s°) trong d6 t 1a
khoéng thoi gian tinh bang gidy ké tir luc 6t6 bt ddu chuyén dong. Hoi quang dudng 6t6 di dugc ké tir ldc bat dau chuyén
dong dén khi van tdc ctia 6td dat gid tri 16n nhét 13 bao nhjéu mét

=

@ﬂly 799 /



Cumy lad #hic hay it lo plby thade vio di bae' cia npay hom nay 7 09411.02468— 0987.154.555

® 18m 42—5m © 36m ® %m

B

Cau s: Mot 6 t6 dang chay v6i van téc 10m/s thi ngudi ldi dap phanh; tir thei diém d6, 6 t6 chuyén dong chdm dan déu
v6ivan téc v(t) =-5t+10 (m/s), trong d6 ¢ 1a khoang thdi gian tinh bing gidy, ké tit luc bt ddu dap phanh. Hoéi tit luc dap
phanh dén khi diing hén, 6 t6 con di chuyén bao nhiéu mét?

@ o0,2m om © 10m O 20m
R —————————

CAu 6: Mot vat chuyén dong trong 3 gid véivan téc v(km/h) phu thudc thoi v
gian t (h) c6 d6 thila mot phén cia dudng parabol c6 dinh I(2;9) va truc d6i xting 9

song song vdi truc tung nhu hinh bén. Tinh quang dudng s ma vét di chuyén dugc 6 1
trong 3 gi¢ do.
@ s=26,75(km) s = 25,25(km) :
© s=24,25(km) © s=24,75(km) RN

N S S . S —

Cau7: Mot vat chuyén dong trong 3 gid véi van téc v(km / h) phu thudc vao thdi gian
t(h) c6 d6 thivan t6c nhu hinh bén. Trong thoi gian 1 gid ké tirkhi bit ddu chuyén dong, d6 thi
d6 13 mot phan cua dudng parabol c6 dinh I(2;9) va truc d6i xiing song song véi truc tung,

khoang thdi gian con lai d6 thi la mét doan thing song song véi truc hoanh. Tinh quang dudng
s ma vat chuyén dong dugc trong 3 gi d6 (két qua lam tron dén hang phén tram).

@ s=15,50(km) s =23,25(km)

© s=13,83(km) O s=21,58(km)

R —
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Cau 8: Mot chdt diém A xudt phat tt O, chuyén dong thing véi van tSc bién thién theo thdoi gian béi quy luat
v(t)= ﬁ &+ % t(m/s),trong d6 t (gidy) la khodng thdi gian tinh tirlic A bit ddu chuyén dong. Tt trang thai nghi, mot
chit diém B ciing xudt phat tit O, chuyén dong thing cting huéng v6i A nhung chim hon 10 gidy so v6i A va c6 gia t6¢c
bang a(m/s’) (a lahangs6). Saukhi B xudt phat dugc 15 gidy thi dudikip A.Van t6c caa B tai thoi diém dudi kip A
bang

@ 15(m/s) 9(m/s) © 42(m/s) ) 25(m/s)

S

Cau9: Mot chat diém A xudt phat tv O, chuyén dong thing véi van tSc bién thién theo thdi gian béi quy luit
v(t)= % 2+ i—it(m / s),trong dé t (gidy)la khodng thdi gian tinh tirlac A bit ddu chuyén dong. T trang théi nghi, mét
chit diém B ciang xudt phat tit O, chuyén dong thing cing huéng véi A nhung chim hon 3 gidy so véi A va c6 gia téc bing
a(m/s’) (a lahings6). Saukhi B xudt phét dugc 15 gidy thi dudikip A.Vén téc cia B tai thsi diém dudikip A bang

@ 25(m/s) 36(m/s) © 30(m/s) © 21(m/s)

P e

Cau 10: Mot van déng vién dua xe F dang chay v6i van t6c 10(m/s) thi anh ta ting téc véi gia téc a(t) = 6t(m/32),
trong d6 ¢ la khoang thai gian tinh bing gidy ké tir luc ting téc. Hoi quang dudng xe cia anh ta di dugc trong thai gian 10(s)
ké tir lac bat dau ting téc 1a bao nhiéu?

@ 1100m 100m © 1010m ® 1110m

@ 2 V:' e ”’: G 00 01 00 200 00 100 00 070 S0 Sve 00 San o v oo e oo cor awe vee

Cuang 131 | 0 bs & st: Thong Dinh Dinh
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Caull: Mot 6 to dang chay véi van t6c 20 m/s thi ngudi ldi xe phat hién c6 hang rao chin ngang dudng & phia trudc
cdchxe 45 m (tinh tit ddu xe t6i hang rio) nén ngudi l4i dap phanh. Tt thdi diém d6, xe chuyén dong chdm dén déu véi van
téc v(t) =-5t+20 (m/s), trong dé t la thoi gian dugc tinh tir lic ngudi 14i dap phanh. Khi xe diing hén, khoang cach tif xe
dén hang rao la bao nhiéu?

@ 4m 5m © 3m ® 6m
s

Caul12: Mot 6 t6 bat ddu chuyén dong nhanh din déu véi van téc v, (t) = 2t (m/s). Bi duge 12 gidy, ngusi ldi xe gap
chudéng ngai vat va phanh gdp, 6 t6 tiép tuc chuyén dong chdm dén déu vdi gia téc a = —12(m/ sz) . Tinh quang dudng s(m)
di dugc cta 6t6 ti luc bat ddu chuyén dong dén khi diing hdn?

@ s=168(m) s =166(m) © s=144(m) ® s=152(m)

Cau13: Mot chiéc mdy bay chuyén dong trén dudng bing véi van téc v(t) =t* +10t(m/s) véi t 1a thdi gian dugc tinh
theo don vi gidy ké tit khi mdy bay bat ddu chuyén dong. Biét khi mdy bay dat vin téc 200(m/s) thi né rdi dudng bang.
Quang dudng mdy bay da di chuyén trén dudng bang la

4000

%%(m). 2000(m). © 500(m). T(m).

R —

Cuny 132 [
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Cau 14: Mot xe 6 t6 sau khi chd hét dén do da bit ddu phéng nhanh véi véan téc v[ m]
tang lién tuc dugc biéu thi bing d6 thi la dudng cong parabol c¢é hinh bén. Biét ring
sau 10s thixe dat dén van téc cao nhdt 50m/s va bit ddu giam tSc. Hoi tit luc bit
ddu dén luc dat van t6c cao nhét thi xe da di dugc quang duong bao nhiéu mét?
1000 1100
® — ™ ®

1400 .
© —m © 300m 5 10

Cau15: Mot vat dang chuyén dong véi van téc 10 m/s thi bat ddu ting téc vdi gia téc a(t) = 6t + 12t (m/sQ) . Quang
duong vét di dugc trong khoang thoi gian 10 gidy ké tir luc bat ddu ting téc 1a

@@m ® 11100 m © 4300 m ®%m

N S S B

Cau16: Haingudi A, B dang chay xe ngugc chiéu nhau thi xay ra va cham, hai xe tiép tuc di chuyén theo chiéu cia minh
thém mot quang dudng nita thi diing hén. Biét ring sau khi va cham, mo6t ngudi di chuyén tiép véi van téc v, (t) = 6 -3t mét
trén gidy, ngudi con lai di chuyén véi van téc v, (t) = 12 — 4t mét trén gidy. Tinh khodng céch hai xe khi da duing han.

@® 25 mét 22 mét © 20 mét DO 24 mét

N —
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Caul7: Mot 6t6 dang chay v6ivan téc 10(m/s) thi ngusildi xe dap phanh. T thdi diém d6 6 t6 chuyén dong chdm ddn
déu véi van téc v(t) = -5+10t(m/s), trong d6 t la thoi gian tinh bing gidy ké tit lic dap phanh. Hoi tir ldc dap phanh dén
Itc ding hén 6 t6 di dugc bao nhiéu mét?

@ 0,2m. 2m. © 10m. O 20m.

B

Cau18:  Ngudi ta thay nudc mdi cho mot bé bai ¢6 dang hinh hép chit nhat c6 d6 sdula 280 cm. Gié su h(t)la chiéu cao
(tinh bing cm) ctia myc nudc bom dugc tai thoi diém ¢ gidy, biét ring téc do ting cta chiéu cao muc nudc tai gidy thi ¢ 1a
h'(t)= % Yt +3 valac dduho boi khéng c¢6 nude. Hoi sau bao 1au thi bom dugc s6 nude bing % d6 sau ctiahé boi (Iam tron
dén giay)?

@ 2 giv 36 giay. 2 gid 34 giay. © 2 giv 35 giay. O 2 git 36 giay.

Caul19: Mot bac thg xdy bom nudc vao bé nude. Goi h(t) 1a thé tich nudc bom dugc sau t gidy véi h'(t) = 3at® + bt. Ban
d4u bé khong c6 nudc, sau 5 gidy thi thé tich nudc trong bé1a 150m® va sau 10 gidy thi thé tich nudc trong bé1a 1100 m®.

Tinh thé tich nudc trong bé sau khi bom duge 20 gidy.
@ 8400m®. 2200 m®. © 6000 m°. O 4200 m°.

Clany 234 | bs & st: Thong Dinh Dinh
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Cau20: Dong dién xoay chiéu hinh sin chay qua mach dao déng LC li tudng c6 phuong trinh i = I sin(wt + gj Ngoai
ra i=q'(t) v6i g 1a dién tich tdc thdi trong ty. Tinh titlic ¢ =0, dién lugng chuyén qua tiét dién thing ctia day dan ctia mach

v o T
trong thoi gian 0 la
w

md, nﬁ[o
@ ol 0 © — 15)

S —

g |~

Cau2l:  Chomach dién nhu hinh vé. Luc ddu ty dién c6 dién tich Q, (C). Khi déngkhoéa K, tu k

dién phéng dién qua cudn day L. Gia st cudng d6 dong dién tai thoi diém ¢ phy thudc vao thoi
gian theo cong thic I = I(t) = Q,w.cos(wt) (A), trong dé @ (rad / s) latéc do goc, t >0 c6 don
vi 12 gidy (s). Tinh dién lugng chay qua mot thiét dién thing cta day tir ltic bat ddu déng khéa K
(t=0) dén thoi diém t =6 (s).

® Q,cosbw (C). Q, sin6w (C).

© Qwcos6m (C). O Qwsinéa (C).

OO
-
l

+ 1

e

10000

Cau22: Goi F(t) 1as6lugng vi khudn phat trién sau ¢ gid. Biét F(t) thoaman F'(t) ot v6i Vt >0 vaban ddu c6
+

1000 con vi khudn. Hoi sau 2 gid s6 lugng vi khudn la
@ 17094. 9047. © 8047. O 32118.

R —
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Cau23:  Co6 modt vat théla hinh tron xoay c6 dang giong nhu mét céi ly nhu hinh
vé bén. Ngudi ta do dugc duong kinh ctia miénglyla 4cm va chiéu caola 6¢cm. Biét
rang thiét dién caa chiéc ly cit boi mat phing ddi xting 1a mot parabol. Tinh thé tich
V(cm3) ctia vat thé da cho.

@ v=12r. V=12.
72 72
V="2n. V=-=
© 5" © 5

Cau24:  OngAn cé mét manh vuidn hinh Elip c6 d6 dai truc 16n bing 16m

va d6 dai truc bé bing 10m . Ong mudn trong hoa trén moét dai dit rong 8m va -
nhan tryc bé cta elip lam truc d6i xing (nhw hinh vé). Biét kinh phi dé trong

hoala 100.000 d6ng/1m?.Hdi éng An c4n bao nhiéu tién dé tréng hoa trén i

dai dat d6? (S6 tién dugc lAm tron dén hang nghin.)

@ 7.862.000 dong 7.653.000 déng
© 7.128.000 déng © 7.826.000 déng

Cau25: Mot cong ty quang cdo X mudn 1am mot buic tranh trang trihinh .. __________. %ﬁf ______________ -
4
MNEIF & chinh gita ciia mét bic tudng hinh ch nhit ABCD c¢6 chiéu cao F i, B A
BC =6 m,chiéudai CD =12 m (hinhvébén). Cho biét MNEF lahinh chi E;gg*g&g*g; . i
nhét c6 MN =4 m; cung EIF c6 hinh dang la mét phdn ctia cung parabol c6 ';siigiii%%s 16
dinh . I 1a trung diém ctia canh AB va di qua hai diém C, D.Kinh philam ; Essisisisss L]
L B292922254 |
bic tranh 12 900.000déng/ m® . Héi cong ty X cin bao nhiéu tién dé1am buc : MBS N |y
D 4m C

tranh d6? x| -
@ 20.400.000 déng 20.600.000 d6ng  © 20.800.000 d6ng ©® 21.200.000 déng

E:]

Ciany 136 | @) o545t 1rongDinn Dinn




Cumy lad #hic hay it l plbe thade vao di liie cia ngiy fom nay 7 09411.02468— 0987.154.555

Cau 26: Mot san béng hinh chi nhat véi dién tich 200m” . Ngudi ta mudn tréng cd trén san béng theo hinh mét parabol
béc hai sao cho dinh cta parabol trung véi trung diém mot canh ctia sdn béng nhu hinh vé bén. Biét chi phi trong c6 1a 300

ngan dong cho mo6i mét vudng. Xac dinh chi phi tréng c6 cin cé cho san bong trén?

A ',
N, Y N
", >/ ,
%,
™, \ X

A PN A
NSO ON AN X

@ 30 triéu dong. 60 triéu dong. © 50 triéu dong. O 40 triéu dong.

Cau27:  Ong Khang muén lam ctia rao sit c6 hinh dang va kich thuéc nhu
hinh vé bén, biét dudng cong phia trén la mot Parabol. Gid l(m2 ) ctiarao satla
700.000 dong. Hoi 6ng Khang phai tra bao nhiéu tién dé€ lam cdi cta sit nhu
véy (1am tron dén hang phin nghin).

® 6.520.000 déng 6.320.000 déng

© 6.417.000 dong © 6.620.000 déng

KOO oooan
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Cau28: C6 mot khdi cdu bing gd ban kinh R=10cm. Sau khi cua bing hai q

chom ciu c6 ban kinh déy bang ER d6ixtng nhau qua tdm khéi cdu, mét ngudi thg R

khoan xuyén tdm khdi cdu g6. Ngudi thg da khoan bé di phan hinh tru cé truc cia 0dr

n6 tring véi truc hinh cdu; mét cit cta hinh try vudng goc véi truc hinh try la mét H
L 1 7 - arnd el A 3 . 2 N A by

hinh tréon ¢6 ban kinh bang ER . Tinh thé tich V ctia phan con lai ctia khéi cdu (lam

tron dén chi s6 thap phan thid ba).
@ VvV =2828,441cm’ V =2774,570cm® © Vv =2811,293cm® O V =2720,699cm’

Cau29: Cho ntia dudng tron dudng kinh AB = 44/5. Trén d6 ngudi ta vé
mot parabol ¢é dinh triing v6i tdm ctia ntta hinh tron, truc d6i xtiing 1a dudng kinh
vudng gbéc v6i AB . Parabol cit nia duong tron tai hai diém cdch nhau 4 cm va
khoang cach tit hai diém d6 dén AB béang nhau vabing 4 cm. Sau d6 ngudi ta
c4t bo phan hinh phéng giéi han bdi dudng tron va parabol (phdn té mau trong

hinh vé). Pem phan con lai quay xung quanh truc AB . Thé tich ctia khdi tron

xoay thu dugc bing
® v- %(800«/5—464) cm® V- %(8005—928) cm®
© v- %(800\/5—928) cm® ® v-= %(80045—928) cm®
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Cau30: Cbémotcocnudc thiy tinh hinh try, ban kinh trong long
déy c6cla 6cm, chiéu caolong c6cla 10cm dang dung moét lugng
nudc. Tinh thé tich lugng nudc trong cdc, biét khi nghiéng c6c nude
vira ldc khi nuée cham miéng cdc thi ddy muc nudce trung véi duong
kinh ddy.

@ 240cm°®. 240mcem®.
© 120cm®. O 120mcm®.

R —

Cau3l: B8 docmot qua duahdu ta dugc thiét dién 13 hinh elip 6 truc16n 28 cm, truc nhé 25cm. Biét ctt 1000cm® dua

héu sé lam dugc cSc sinh t6 gia 20000 dong. Hoi tir qua dua héu trén c6 thé thu dugc bao nhiéu tién ti viéc ban nudce sinh

t62 Biét rdng bé day v dua khong dang ké.
@ 183000 dong. 180000 dong. © 185000 dong. © 190000 déng.

Cau32: Mot manh vudn hinh chi nhét c6 chiéu dai 10m va chiéu rong 6m, =
dugc phén chia thanh cdc phin béi mét dudng chéo va mét dudng elip noi tiép bén /
trong nhu hinh vé. Hay tinh dién tich phan gach chéo (theo donvi m*)
® 5(n-2). 5(4 - ).
© 48t o 81
8 7
G B . ~
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Cau 33: Chudng ngai vat “tudng cong” trong mét sin thi ddu X-Game 13

mot khéi bé tong cé chiéu cao tit mit ddt 1én 1a 3,5m. Giao cua mit tudng E
cong va mit ddt 1a doan thing AB = 2m. Thiét dién caa khdi tudng cong cit

bdi mit phing vudng géc v6i AB tai A laméthinh tam gidc vudng cong ACE 3.5m
v6i AC =4m, CE = 3,5m va canh cong AE nam trén mdt parabol c6 truc d6i B P ‘
xing vudng goc véi mit dat. Taivitri M 1a trung diém cia AC thi tudng cong )y c
c6 d6 caol m (xem hinh minh hoa bén). Tinh thé tich bé tong cdn st dung dé

tao nén tudng cong.
@ 10m’. 10,25m°. © 9,75m°. O 10,5m°.

G

Cau34:  Cho khdi try c6 ban kinh déy bang 4 cm va chiéu cao bing 5 cm. Goi AB

12 mot day cung cta ddy dudi sao cho AB = 4+/3 cm . Ngudi ta dung mit phing (P) di
quahai diém A, B va tao v6i mit phing d4y hinh try gc 60° nhu hinh vé. Tinh dién tich
thiét dién ctia hinh try cit béi mit phing (P). .

4(4m -343) 8(4m-33)

®

3 3
8(4n—J§) 4(4n—J§)
© 3 © 3
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Cau3S:  Béntronghinh vudéng canh a, dung hinh sao bon canh déu nhu hinh vé bén
(céc kich thudc cén thiét cho nhu & trong hinh). Thé tich V' cta khéi tron xoay sinh ra %
khi quay hinh sao d6 quanh truc Ox. -3

Sna® 5na® % :
v="" ® v="t
@ 24 . 48

5na® Tra®
© V=—7-H—Hr (::) V =
96 24

Cau36: Mot vién gach hoa hinh vuéng canh 40 cm. Nguoi thiét k€ da st dung bon
dudng parabol cé chung dinh tai tim cta vién gach dé tao ra bén canh hoa (dugc té mau
sdm nhu hinh vé bén). Dién tich méi cinh hoa ctia vién gach bing

Dién tich mdi canh hoa cta vién gach bang

@ 800cm? 83ﬂcm2

_420 cm? @ 250C1’1’12 .

Cau37: Mot cOng chao c6 dang hinh Parabol chiéu cao 18 m, chiéu réng chin
d€¢ 12 m . Ngudi ta cing hai sgi day trang tri AB, CD nim ngang dong thdi chia
hinh gi6i han béi Parabol va mit d4t thanh ba phan ¢6 dién tich bing nhau . Ti s6
18m

AB bing
CD

4
1 g

5
1
5

N

®
©

|
®

3

&

B

Clany 247 | bs & st: Thong Dinh Dinh




Cumy lad #hic hay it l plbe thade vao di liie cia ngiy fom nay 7 09411.02468— 0987.154.555

Cau 38: Mot cai thung dung ddu ¢4 thiét dién ngang (mit trong ctia thung) 13 mot dudng elip cé truc 16n bing 1m,
truc bé bing 0,8m, chiéu dai (mit trong cta thiing) bing 3m. Puocc dit sao cho truc bé nim theo phuong thing diing
(nhu hinh bén). Biét chiéu cao ctia ddu hién cé trong thing (tinh tir ddy thing dén mit ddu) 13 0,6m. Tinh thé tich V
ctia ddu cé trong thung (Két qua lam tron dén phén trim).

" CAM LA Y

@V =1,52m°. V=131m°. © v=127Tm°. ® v=119m°.
O ..
Cau39: Cho ham s6 y= f(x) lién tuc trén doan [a;b] va d6 thi cua ham s6 A
y = f'(x) nhu hinh vé. Khing dinh ding la
& LS fB)-f(@) o
2 b-a
f'(b)+f'(a) _ f(b)-f(a)+2(a-b) @
2 - b-a )
© (f(b)+f(a)(b-a)=2(f(b)-f(a)). ?
o L)@ 1(0)-F(a)+(a-b)
2 - b-a )

g ol
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Cau40: Chohamsd y = f(x) c6déthihamsS y = f'(x) cit truc Ox
tai 3 diéfm c6 hoanh d¢ a < b < ¢ nhu hinh vé. Ménh dé nao duéi day dung?
@ f(c)> f(b)> f(a). f(b)> f(a)> f(c).
© f(a)>f(B)>f(c). O f(c)>f(a)>f(b).

R

Cau4l: Cho hai ham s§ f(x):ax3+bx2+cx—% va g(x)=dx’+ex+1
(a,b,c,d,e € R). Biét ring d6 thi ham s6 y = f(x) va y = g(x) cét nhau tai 3 diém c6

hoanh d¢6 ldn lugt 14 —3; —1; 1 (tham khao hinh vé). Hinh phing gi6i han bsi 2 d6 thi
da cho c6 dién tich bing

® 2 ® 8
© 4 ® 5

Cau42: Chohaihdmsé f(x)=ax®+bx*+cx—2 va g(x)=dx’+ex+2 (a, b, c YA
, d, eeR).Biétring d6 thi ctaham s6 y = f(x) vd y = g(x) cit nhau tai ba diém c6
hoanh d4 lan lugt 1A —2; —1; 1 (tham khao hinh v&). Hinh phéng gi6i han béi hai d6 thi
da cho cé dién tich bang

37 13
37 ® 3
6 . 2
9 37
© 3 © 3
R
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Cau43: Chohims8 y=f(x)=ax’+bx’+cx+d,(a,b,c,deR,a=0) cbdéthi . Frfilx)
(C).Biétrang do thi (C) tiép xtc v6i dudng thing y =4 tai diém c6 hoanh d¢ 4m va dé
thi ciaham s6 y = f'(x) cho bai hinh vé bén. Tinh dién tich S ctia hinh phéng gidi han
b&i d6 thi (C) va truc hoanh.

® S=9 s=27

e
21 5 h
S=2- s=2 -3

© 4 © 4

N

Cau44: Chohamsé f(x) c6 dao ham f'(x) lién tuc trén R va d6 thi caa f'(x) y

trén doan [-2;6] nhu hinh bén duéi. Khing dinh nao dudi day ding? \ ’ e
® £(-2)<f(-1)<f(2)<1(6) A\
2)< f(-2)< f(-1)< f(6)
© f(-2)<f(2)<f(-1)<f(6)
O f(6)<f(2)<f(-2)< f(-1)

o@’/ﬁ/ e s ettt B A SO o B e i i

f( f
f( f
f(

Cau4S5: Chohamss y= f(x). D6 thi cia ham s6 y = f'(x) nhu hinh vé bén. Dit y
M=I[1:12;16>]<f(x),mz{gig]lf(x),T=M+m.Ménhc’[é‘néodu’é’ic’[éyc’[ﬁng ¢ /\
® T=£(0)+f(-2) T=f(5)+f(-2) ST AT
© r=r1(5)+r(6) © T=£(0)+f(2) ‘ ’N
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Cau46: Chohamsby= f(x). Do thi y= f'(x) ctia ham s6 nhu hinh bén. Pit \

g(x)=2f(x)+(x+ 1)2 . Ménh dé nao duéi day dang?

® g(1)<9(3)<9(-3) s

9(1)<9(-3)< 9(3) B i

© g(-3)<g(3)<g(-1) T / =
D ¢g(3)<g(-3)<g(1) [N

o(d?’//d/ e e e e e e e e e e e e e e e e e et e e e e e e e e e e e e e e e

Cau47: Chohamsé y = f(x).Dé thicaahamsé y = f'(x) nhuhinh bén. Djt
g(x)=2f(x)~(x+1)°. Ménh dé ndo dudi day dung? 1

® g(3)>g(-3)>9(1)
® g(-3)>4(3)> () ]
© 9(1)>9(-3)>4(3) / .....

® 9(1)>9(3)>9(=3)

N

Cau48: Cho ham s6 y = f(x). D6 thi ham s6 y = f'(x) nhu hinh vé. Dit
h(x)=2f(x)-x*. Ménh dé nao dudi day dung?
® h(2)>h(#)>h(-2)
h(2)> h(-2)> h(4)
h(4)=h(-2)>h(2)
(4)=h( )

h(4)=h(-2)<h(2
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R —

Cau49: Cho hai him s6 f(x)=ax’+bx’+cx—-1 va g(x)=dx’+ ex+%
(a,b,c,d,e € R). Biét ring d6 thi caahdm s6 y = f(x) va y = g(x) c4t nhau tai ba

diém c6 hoanh d¢ l4n lugt —3;—1;2 (tham khao hinh vé&). Hinh phéng gi6i han béi
hai d6 thi da cho c6 dién tich bang

253 125
T) ®

253 125
© 1)

48 48

.

Cau50:  Cho hai ham s6 f(x)=ax’+bx’ +cx+% vd g(x)=dx’+ ex—%,
(a,b,c,d,e € R).Biét ring d6 thi ctaham sé y = f(x) va y = g(x) citnhau tai ba
diém c6 hoanh d¢ lan lugt1a —2; 1; 3 (tham khao hinh v&). Hinh phing gi6i han

=Y

bdi hai d6 thi &4 cho c6 dién tich bing

253 125
Ty ® 2

125 253
© — O —

48 24

- = on oo o i

=

N —
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; Tlién soan

(Tai liéu dueoe bién soan theo chuyén Jé én tdp va luyén
Cic dang todn dueoe phin chia da dang tu co bin ¥én ndng cao

TRim sdt cdc dang ¢ thi Qv%pq Qdc- ede ndm qua

nioe.

Hi: vong tai liéu nay sé mang dén cho cdc em nhitng kién thite tot va dat két qud

|
1
1
1
1
1
1
1
1
1
%ttp’c tong hop ti ede nguon tai liéu chat liwong, ¢ thi thie va chinh thize tzén cd :
1
1
1
1
1
i
cao trong chuong /Ugutlén ham — Slich phin 1
1

A

(T ;
tong qud tzinh bié o
‘ n soan khé td choi sai so
¢ 10ng tzanh khoi sai sét, mong nhdn dwoe s gop g xdy dung tit %)
‘ ¢ ocC Su go; xdy dung tw quy thdy cé

va ede em hoe sinh.
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