Chuyén dé 25

TAI LIEU ON THI THPTQG 2021

NGUYEN HAM

TAI LIEU DANH CHO POI TUQNG HQC SINH TRUNG BiNH - MUC 5-6 PIEM

Dang. Nguyén ham co ba

Bing nguyén ham ciia mét s6 ham thwong gdp (véi C la hang sé tiry y)
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Cau 1.

Cau 2.

Mot s6 nguyén tic tinh co bén

Tich cia da thire hodc lity thira —L2—s khai trién.

’ , \ ~ PP . A A , ~
Tich cac ham mii ———— khai trién theo cong thirc mii.

. 1 1 1 1
A o7 » o N o A .2 2
Bdc chan cua sin va cosin = Ha bdc: sin” a = — — —cos2a, cos” a = — + —cos2a.
2 2 2 2
, , , 9 , ” PP A A 7~ \
Chira tich cac can thirc cua ¥ ———— chuyén vé liiy thira.

(Pé Tham Khao 2020 Lan 2) Ham s F(x) 1a mot nguyén ham ctua ham s f(x) trén khoang
K néu

A. F'(x)=—f(x),Vxe K.

C. F'(x)=f(x),VxeK.

(M4 101 - 2020 Lan 1) j x’dx bang

B. f'(x)=F(x),Vxe K.
D. f'(x)=-F(x),VxeK.

A. 2x+C. B. §x3+C. C. x’+C. D. 3x’+C
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Cau 3.

Cau 6.

Cau 8.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

(M4 102 - 2020 Lan 1) Ho nguyén ham ciia ham sb f(x) =x’ 1a

A. 4x*+C. B. 3x*+C. C.x"+C. D. —x*+C.
(M3 103 - 2020 Lan 1) j x*dx bang

A. %x5+C B. 4x’ +C C.x+C D. 5x° +C
(M3 104 - 2020 Lan 1) j x’dx bang

A. 5x'+C. B.éx6+C. C. x*+C. D. 6x°+C.
(M3 101- 2020 Lan 2) j 5x*dx bang

A. éx5+C. B. X’ +C. C.5x +C. D. 20x’ +C.
(M4 102 - 2020 Lan 2) j6x5dx bang

A. 6x°+C. B. xX*+C. C. éx6+C. D. 30x*+C.

(M3 103 - 2020 Lan 2) I 3x'ds bang

A 35 +C. B. 6x+C. C. %x3+C. D. x’+C.
(M3 104 - 2020 Lan 2) j4x3dx bing

A. 4x*+C. B. ix“rC. C.12x* +C. D. x*+C.
(M3 103 2018) Nguyén ham ctia ham s6 /' (x)=x"+x" 1a

A. %x5+§x3+C B. x*+x’+C C.xX+x +C. D. 4x* +2x+C

(M3 104 - 2019) Ho tit cd nguyén ham ctia ham s6 f(x)=2x+4 la
A X’ +C. B. 2x* +C. C.2x* +4x+C. D. X’ +4x+C.
(M4 102 - 2019) Ho tit ca cac nguyén ham cia ham sb f(x) =2x+61a

A x*+C. B. x* +6x+C. C.2x*+C. D. 2x* +6x+C.
(P& Minh Hoa 2020 Lan 1) Ho nguyén ham ctia ham s6 f'(x)=cosx+6x 1a

A. sinx+3x*+C. B. —sinx+3x’+C. C.sinx+6x’+C.  D.-sinx+C.
(M3 105 2017) Tim nguyén ham ciia ham 6 f(x)=2sinx.

A. IZsinxdxz—Zcosx+C B.J.Zsinxdx=2cosx+C

C. IZsinxdxzsin2x+C D. IZsinxdxzsin2x+C

(M3 101 2018) Nguyén ham cua ham s f(x) =x"+x la

A. ix4+%x2+c B. 3x* +1+C C.x+x+C D. x*+x*+C
(M3 103 - 2019) Ho tit cd céc nguyén ham ciia ham sé f(x)=2x+3 la

A x*+3x+C. B. 2x° +3x+C. C.x’+C. D. 2x*+C.
(P& Minh Hoa 2017) Tim nguyén ham ciia ham s6 f(x) =+/2x-1.
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Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

TAI LIEU ON THI THPTQG 2021

A. J‘f(x)dx=§(2x—1)\/2x—l +C. B. If(x)dxz%(Zx—l)\Dx—l +C.

C. If(x)dxz—%\/bc—l +C.

A . 2
(Pé Tham Khdao 2017) Tim nguyén ham ctia ham so f(x) =x+—.

D. If(x)dx=%\/2x—l+c.

x2
A jf(x)dx—x—3+l+c B jf(x)dx—xi—%w
| 3 x ' ) 3 x '
3 3
x 1 x 2
C. x)dx=—-—+C. D. x)dx=—+—+C.
-[f( ) 3 x J.f( ) 3 x
(M3 110 2017) Tim nguyén ham ctia ham s f(x)=5 ! 5
x—
A | & _Lysi-2+c B. | & nfsx-2)+C
5x-2 5 S5x-2
C. | & _ Lyjse-2frc D. | & Sfse-2+C
S5x-2 2 S5x-2
(M2123 2017) Tim nguyén ham ciia ham s6 f(x) = cos3x
A. Icos3xdx=3sin3x+C B. Icos3xdx: sm3x+C
C. jcos3xdx=sin3x+C D. J.cos3xdx=—sm3x+c
(M3 104 2018) Nguyén ham cia ham s6 f(x)=x"+x" 1a
A. %x4+§x3+c B. 3x* +2x+C C. X +x*+C D. x*+x’+C
(P& Tham Khiao 2019) Ho nguyén ham ctia ham s6 f(x) =e'+xla
A. e +1+C B. e +x +C C. ex+lx2+C D. Lle’“+lx2+C
X+

(M3 101 - 2019) Ho tit ca cac nguyén ham ciia ham sé f(x)=2x+5 la
A. X’ +C.
(M3 104 2017) Tim nguyén ham ctia ham s f(x)=7".

A. j7de=7—x+c

C. I7“‘dx=

In7

7x+1
x+1

+C

B. X’ +5x+C. C. 2x* +5x+C. D. 2x* +C.

B. j7de=7X“+c

D. j7*dx=7*1n7+c

(M3 102 2018) Nguyén ham ciia ham s f(x) =x'+x1a

A. 4 +1+C

B. X’ +x*+C C. %x5+%x2+c D. x'+x+C

(P& Tham Khao 2018) Ho nguyén ham ciia ham sé f(x) =3x" +1 1a

A. xX*+C

3
B.%+x+c C. 6x+C D. X +x+C

(THPT An Lio Hai Phong 2019) Tim nguyén ham j x(x* + 7)15 dx ?

Al

2(x2+7)16+C

16 16

1 1 1
B. —§(x2+7)l6+c C. E(x2+7) +C D.g(x2+7) +C
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Cau 28. (THPT Ba Dinh -2019) Ho nguyén ham ctia ham s0 f(x) = e** 1a ham s6 nao sau day?

A. 3e"+C. B.§e3x+C. C.%ex+C. D. 3¢ +C.

Ciu29. (THPT Cim Giang 2 2019) Tinhj(x —sin 2x)dx.

2 2

) 2
A. x?+s1nx+C. B. %+cos2x+C. C. x*+ cos2x

cos2x

+C.

2
+C. D.x—+
2

Ciu 30. (THPT Hoang Hoa Tham Hung Yén 2019) Nguyén ham ciia ham s6 y=e™" 1a

A. 2e7+C. B. ™' +C. C. %ezx‘l +C. D. %e* +C.
. 1
Cau 31. (THPT Hung Vwong Binh Phwéc 2019) Tim ho nguyén ham cuia ham so f (x) = 713
X+
1 1 1
A. In|2x+3|+C. B. E1n|2x+3|+c. C. i1n|2x+3|+c. D. E1g(2x+3)+c.
n
Ciu 32. (THPT Hung Vwong Binh Phuéc 2019) Tim ho nguyén ham ciia ham sé y = x> —3* + 1 .
X
3 X 3
A 3 1 cer. B.X 34+ 1l.c cer.
3 In3 x 3 X
x3 x x3 3x
. ————+In|x|+C, CeR. D. —-——Infx|+C, CeR.
3 In3 3 In3
Cau33. (THPT Hung Vwong Binh Phuéc 2019) Tim ho nguyén ham cta ham s6 £ (x)=sin3x
A. —3cos3x+C. B. 3cos3x+C. C. %cos3x+C. D. —%cos3x+ C.
Cau 34. (Chuyén KHTN 2019) Ho nguyén ham ciia ham s6 f'(x)=3x" +sinx 1a
A. x +cosx+C. B. 6x+cosx+C. C. x’—cosx+C. D. 6x—cosx+C.
Ciu 35. (Chuyén Bic Ninh -2019) Cong thiic nio sau day 14 sai?
A. jlnxdx=l+c. B. | L dr=tanx+cC.
X COS X
C. Isinxdx:—cosx+C. D. Iexdx:ex+C.
Céu 36. (Chuyén Bic Ninh 2019) Néu [ f(x)dx=4x’+x* +C thi him s f (x) béng
3
A. f(x)=x4+x?+Cx. B. f(x)=12x2+2x+C.
3
C. f(x)=12x2+2x. D. f(x)=x4+x?.
Ciu 37. (THPT Lwong Thé Vinh Ha Ni 2019) Trong cac khang dinh sau, khiang dinh nao sai?
e+l
A. Icos2xdx=lsin2x+C. B. J.xedx=x +C.
2 e+l
1 . ex+1
C. [~dv=Inx{+C. D. [e'dr=——+C.
X x+1
Ciu 38. (THPT Lwong Thé Vinh Ha Ngi 2019) Nguyén ham cta ham s y =2" 1a
, 2" 2"
A [2dx=1n22"+C. B. [2'dx=2"+C. C.[2'dv="2+C. D. [2'dx=—"—+C,
In2 x+1
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(Lién Trwong Thpt Tp Vinh Nghé An 2019) Tim ho nguyén ham cia ham sb

Cau 39.
f(x)=3x—sinx.
2
A. [ f(x)dx=3x" +cosx+C. B. J'f(x)dxz%—cosx+C.
3x’
C. jf(x)dx=7+cosx+C. D. [ f(x)dx=3+cosx+C.
Ciu 40. (S& Binh Phudée 2019) Ho nguyén ham ciia ham sé f(x) = x +sinx la
2 2
A. x> +cosx+C B. x* —cosx+C C. % —cosx+C D. % + cos x+C
Ciu 41. (THPT Minh Khai Ha Tinh 2019) Ho nguyén ham ciia ham s& f(x) =cosx la:
A. cosx+C. B. —cosx+C. C. —sinx+C. D. sinx+C.
Ciu42. (THPT Doan Thugng - Hai Duong - 2019) Ho c4c nguyén ham cta ham s6 f(x)=x*+x" 1a
D. X’ +x +C.

A. 4x° +2x+C. B. x*+x*+C. C. %x5+%x3+c.

Cau43. (THPT Cu Huy C4n 2019) Ho nguyén ham ctia ham s6 f'(x)=¢" —2x la.

1
A. e +x +C. B.e —x*+C. C. —lex—x2+C. D. e -2+C.
x+
Ciu 44. (Chuyén Hung Vwong Gia Lai 2019) Ho cac nguyén ham ctia ham s6 y =cosx+x 1a
A. sinx+%x2+C. B. sinx+x’ +C. C. —sinx+lx2+C. D. —sinx+x* +C.
Ciu 45. (Chuyén Lé Quy Pon Pién Bién 2019) Ho nguyén ham cta ham s y =x" —3x+—1a
X
3 2 3 2
A. x——3i—ln|x|+C. B. =3 L+
3 2
3 2 3 2
1
C. x——3i+ln|x|+C. D. x——3i+—2+C.
3 2 x

Ciu 46. (Chuyen Phan Bji Chau Ngh¢ An 2019) Ho nguyén ham ctia ham s6 f(x)=—+sinx la
x

1
A. Inx—cosx+C. B. ——-cosx+C. C. ln|x|+cosx+C. D. ln|x|—cosx+C.
X
1 3 1x A A \ 5 \ A B\
=—x" la mdt nguyén ham ctia ham so nao

Cau47. (THPT Yén Phong 1 Bic Ninh 2019) Him s§ F (x)

sau day trén (—o0;+00)?
A.f(x)=3x2. B.f(x)=x3. C.f(x)zxz. D. f(x)zix“_
Ciu 48. (THPT Yén Phong 1 Bic Ninh 2019) Tim ho nguyén ham cta ham s6 f(x) =2"
2x
A. dx=2"+C. B. dx = C.
J () * J /() 2"
2x+l

C. =2"In2 . D. dx = C.

If(x)dx n2+C If(x) x+1+
xt+2

x)="——.

Ciu 49. (THPT - Yén Pinh Thanh Héa 2019) Tim nguyén ham cia ham sb f( )
X
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x o1 X 2
A. x)dx=—-—+C. B. x)dx=—+—+C.
If() 3 x -[f() 3 x
o1 X2
C. x)dx=—+—+C. D. x)dx=—-—+C.
Jr(x)ar="+- Jrixar==-=
Ciau 50. (S Ha Noi 2019) Ham s6 nao trong cac ham sb sau day 1a mot nguyén ham cta ham s6 y = e ?
A. yzl. B. y=¢". C.y=e". D. y=Inx.
X

Ciu51. (Chuyén Lwong Thé Vinh Péng Nai 2019) Tinh F(x)= j e’dx , trong d6 e 1a hang sb va

e~2,718.
e’x’ e
A. F(x)= +C. B. F(x)=?+C. C. F(x)=e’x+C. D. F(x)=2ex+C.
Ciu52. (Chuyén Lé Quy Pén Quing Tri 2019) Tim nguyén ham cta ham s6 f (x)z1 12 trén
—2x
)
—0;— |.
2
A. %ln|2x—1|+C. B. %ln(1—2x)+C. C. —%ln|2x—l|+C. D. In]2x-1|+C.
Cau 53. (Chuyén Hung Yén 2019) Nguyén ham cta ham s6 f'(x)=2"+x Ia
2x x2 X 5 xZ
A —+—+C. B.2"+x’+C. C. —+x +C. D. 2'+—+C.
n2 2 * In2 2
Ciu 54. (Chuyén Son La 2019) Ho nguyén ham cta ham s6 f(x) =1+sinx
A. 1+cosx+C. B.1-cosx+C. C. x+cosx+C. D. x—cosx+C.

Cau 55. (THPT Pong Son Thanh Héa 2019) Nguyén ham ctia ham s6 f(x) = §x3 -2x*+x-2019 1a

2 2

ALy 2oy Lo B. Ly 204 oot9xsc.
12" 3 2 9" 37 "2
2 2

c. Ly 2o Jotoxac. p. L2 - oot9xscC.
127 3 2 9" 37 2

. 1
Cau 56. (THPT Yén Khanh - Ninh Binh - 2019) Ho nguyén ham ctia ham s0 f(x) = 3

(—w;lj la:
3

0 trén khoang

A. %ln(3x—l)+C B. In(1-3x)+C C. %1n(1—3x)+C D. n(3x-1)+C
Ciu 57. (Chuyén L& Hong Phong Nam Dinh 2019) Trong cac khang dinh sau, khing dinh nao sai?
2x
A. [2'dv=2"n2+C. B. [e*dr="—+C.
2
1l . 1
C. _[cos2xdx:—s1n2x+C. D. I—dx:1n|x+l|+C (vx=-1).
2 x+1
2x* +3

Ciu 58. (Chuyén Lé Hong Phong Nam Pinh 2019) Cho ham sé f(x)= Khang dinh nao sau

) .
X

day la dung?
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Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

TAI LIEU ON THI THPTQG 2021

28 3 3
A. dx=—+—+C. B. d ————+C.
[rede==—+— JFeods ===
3
C. jf(x)dx=2i+§+c. D. jf(x)dx=2x3—§+c.
3 x X

(S& Thanh Héa 2019) Cho ham sé f'(x)=2" +x+1. Tim jf x)dx

|
_ "X 2 _
A. jf(x)dx-Z +x +x+C. B. Jf dx _1n22 +2x +x+C.

1 1
C. J.f(x)dx:2x+—x2+x+C, D. If dx——2 +—x"+x+C.

2 x+1 2
(Lién Trwong Thpt Tp Vinh Nghé An 2019) Tim ho nguyén ham cia ham sb
f(x)=3x-sinx.

2
A. [ f(x)dx=3x" +cosx+C. B. jf(x)dxz%—cosx+C.
2
C. jf(x)dx=%+cosx+C. D. [f(x)dx=3+cosx+C.
(Chuyén Bic Giang 2019) Ham s6 F(x)= ¢* 1a nguyén ham cua ham sd nao trong cac ham sb
sau:
A. f(x)=2xe" . B. f(x)=x%" -1. C. f(x)=e". D. f(x)= ‘;
x

(Chuyén Pai Hoc Vinh 2019) Tat ca cac nguyén ham ctia ham s6 f(x) =37 1a
3*)( 3*){

A, —+C B. -37+C C.3"In3+C D. +C
In3 In3
(Sé Phit Tho 2019) Ho nguyén ham ciia ham s6 f(x) =x +x* 1a
xt X xt o
A.T+?+C. B. x*+x’+C. C.3x*+2x+C. D.?+?+C

(Chuyén PHSP Ha Noi 2019) Ham sd nao trong cac ham sb sau ddy khong 1a nguyén ham cua

ham s6 y=x""?
2020 2020 2020
A 41 B. . C. y=2019x". D. -
2020 2020 2020
(Chuyén Quéc Hoc Hué 2019) Tim ho nguyén ham cta ham s§ y = x* —3" +l .
x
x x’
. |x|+C,CeR B. —- |x|-|—C,CeR
3 3
3 3 X
C. x——3x+i2+c,CeR D. x——3——i2+c,CGR
X 3 In3 x
. 2018e™
(Quiéng Ninh 2019) Tim nguyén ham cua ham s6 f(x) 2017 -——
x
201 201
A. [ f(x)dr=2017¢" - 08 ¢ B. [ f(x)dr=2017¢" + 08 ¢
x x*
4, 4
C. [ f(x)dx=2017¢' 200 e D. jf(x)dxzzone*—&fw.
x* x
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Cau 67.

Cau 68.

Cau 69.

(HSG Bic Ninh 2019) Ho nguyén ham ciia ham s§ y =e* {2 +- . j 1a
COS X

A. 2¢" +tanx+C B. 2¢* —tanx+C C. 2¢e" - +C D. 2¢" +

COS x COS X
(Chuyén Ha Long 2019) Tim nguyén F (x) clia ham s f (x)=(x+1)(x+2)(x+3)?

+C

4

A. F()c)=)67—6x3+1—21x2 -6x+C. B. F(x)=x'+6x"+11x"+6x+C.

C. F(x):x?4+2x3+%x2+6x+c. D. F(x)=x’+6x"+11x" +6x+C.

(S¢ Bic Ninh 2019) ho nguyén ham cia ham s6 f/(x) = 5x1+4 la:

A. %ln(5x+4)+C. B. In|5x+4[+C. C. éln|5x+4|+€. D. %ln|5x+4|+C.
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Chuyén dé 25 NGUYEN HAM

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA — MUC 7-8 PIEM

Bing nguyén ham ciia mét s6 ham thwong gdp (véi C la hang sé tiy y)

® [0dz=cC. —— [kdz=kz +C.
®f:1:”dz:7fn:1+0. . f(ax%—b)”dx:%%%—a
@fédlen‘x‘+0. famibdxziln‘ax+b‘+0.
e

© fsinxdx =—cosz+C — fsin(aa: +b)dz = —lcos(ax +b)+C.
a

@ fcosxdx = iz — fcos(ax +b)dz = ls.in((m: +b)+C.
a

1 dz 1
&) dzr = —cotz + C. = ——cot(az +b)+C.
f sin’ x f sin®(azx + b) a ( )
f ! dz = tanz + C. f dz :ltan(az+b)+0.
cos’ x cos’(az +b) a

g = e* 1
@fe dz e +C eaz+bdm:_€az+b +C
a

a az+0
a , 1la

+C. —_— fa””“?dx = =
na

a Ina

4O

®fa'”dx:1

. . . 1
¢ Nhdn xét. Khi thay x bang (ax + b) thi khi ldy nguyén ham nhan két qud thém — -
a

Mot 56 nguyén tic tinh co ban

Tich cia da thire hodc lity thira —L2—s khai trién.

’ , \ ~ PP . A A , ~
Tich cac ham mii ———— khai trién theo cong thirc mii.

. ¢, . . 1 1 1 1
Bdc chén cua sin va cosin = Ha bdc: sin® a = 5 — §COS 2a, cos’a = 5 + ECOS 2a.

’, , , « ’ ” PP A A~ \
Chira tich cac can thirc cua ¥ ———— chuyén vé liiy thira.

Caul. (Pé Tham Khio 2018) Cho ham sd f(x) xac dinh trén R\{%} théa man

f'(x)= %,f(o) =1,1(1)=2. Gid tr ctia biéu thirc f(~1)+ f(3) béng
x_
A. 2+Inl15 B. 3+In15 C. In15 D. 4+In15

Cau2. (S& Pha Tho 2019) Cho F(x) la mdt nguyén ham cua f'(x) =L1 trén khoang (1;+) thoa

X —

man F(e+1)=4Tim F(x).
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Cau 3.

Cau 4.

Cau 6.

Cau 7.

Cau 9.

Cau 10.

A. 2In(x-1)+2 B. In(x—1)+3 C. 4In(x—-1) D. In(x-1)-3

(THPT Minh Khai Ha Tinh 2019) Cho F(x) la mdt nguyén ham cua ham s6 f(x)= %,
x—

biét F(1)=2. Gia trj cia F(0) bang

A. 2+In2. B. In2. C. 2+In(-2). D. In(-2).

(KTNL GV Thuin Thanh 2 Bic Ninh 2019) Cho F (x) la mdt nguyén ham cta ham

1 iy _ .
f(x)— ol ; bict F(O)—Z. Tinh F(l).

A.F(l):%lni’)—z B. F(l)=t3+2. C F(l)=2m3-2. D.F(l):%ln3+2.

(Chuyén DPHSP Ha Ngi 2019) Ham s6 F(x) 1a mot nguyén ham cta ham s6 y="1 trén (=o0;0)

X

théa man F(-2)=0. Khang dinh nao sau day diing?
F(x)=1 [ j vy e (~<030)

F(x) n|x| +C Vxe (—oo O) v6i ¢ 12 mot s thuc bat ki.
F(x)

F(x)=1

(THPT Minh Khai Ha Tinh 2019) Cho ham s6 f(x) xdc dinh trén R\{l} théa man

In|x| +1In2 Vx & (—0;0) .
n(—x)+C Vxe(-;0) véi ¢ 1amot s6 thuc bat ki.

f'(x)zﬁ, £(0)=2017, f(2)=2018.Tinh S = 1 (3)- f(-1).

A. S=In4035. B.S=4. C.S=In2. D. S=1.

(M3 105 2017) Cho F(x) 1a mot nguyén ham cua ham s6 f(x)=e" +2x thoa man F(O)z%.
Tim F(x).

A. F(x):ex+x2+% B. F(x)zex+x2+g

C. F(x):e"+x2+% D. F(x):26x+x2—%

(THCS - THPT Nguyén Khuyén 2019) Biét F'(x) 1a mot nguyén ham ctia ham sb f/(x)=e™
va F(0)=0.Gi tri cua F(In3) bang
A.2. B. 6. C.8. D. 4.

. . 201
(Sé Binh Phuéc 2019) Biét F(x) 1a mot nguyén ham cua ham sé ™ va F(0)= - Gia tri

1
F(_j N
2
1 1 1
A. §e+200 B. 2e+100 C. 5e+50 D. §e+100

(Chuyén Nguyén Trai Hai Dwong 2019) Ham sé f (x) c6 dao ham lién tyc trén R va:

f(x)=2e"+1,Vx, f(0)=2.Ham f(x) la
A. y=2e" +2x. B. y=2e"+2. C.y=e"+x+2. D. y=e" +x+1.
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Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

TAI LIEU ON THI THPTQG 2021
(Sé Bic Ninh 2019) Cho ham s f(x) =2x+e". Tim mdt nguyén ham F(x) ctia ham s f(x)

thoa man F(0)=2019.
A. F(x)=x2+ex+2018. B. F(x)=x2+ex—2018.
C. F(x):x2+e"+2017. D. F(x)zex—2019.

Goi F(x) la mot nguyén ham ciia ham s6 f(x)=2", théa man F(0) =%. Tinh gia trj biéu
n

thite 7= F(0)+ F (1)+...+ F (2018)+ F(2019).

2019
A. T =1009.2 : 2“ BT = im0
n
2019 _ 2020 _
cr=2—-1 p.r-2 -1
In2 In2

(M3 104 2017) Tim nguyén ham F (x) ciahamsd f(x)=sinx+cosx thod man F(%j =2.

A. F(x)=—-cosx+sinx+3 B. F(x)=—cosx+sinx—1
C. F(x)=—-cosx+sinx+1 D. F(x)=cosx—sinx+3

(M 123 2017) Cho ham s6 f(x) thoaman f'(x)=3-5sinx va f(0)=10. Ménh d¢ nao dudi

day diang?
A. f(x)=3x—5cosx+15 B. f(x)=3x—5cosx+2
C. f(x)=3x+5cosx+5 D. f(x)=3x+5cosx+2

(Viét Dirc Ha Ni 2019) Cho ham s f(x) théa man f’(x)=2-5sinx va f(0)=10.Ménh dé
nao dudi day dang?
A. f(x)=2x+5cosx+3. B. f(x)=2x—5cosx+15.
C. f(x)=2x+5cosx+5. D. f(x)=2x-5cosx+10.
(Lién Trwdng Thpt Tp Vinh Nghé An 2019) Biét F(x) 1a mét nguyén ham cua ham
2
f(x)=cos3x va F(f}—. Tinh F(fj
2) 3 9
A. F(sz‘/g” B. F(sz—‘g_z C. F(sz‘/g+6 D. F(sz—‘/g_6
9 6 9 6 9 6 9 6
(Chuyén Lé Quy Pon Quing Tri 2019) Cho F (x) la mot nguyén ham coa ham sé

2

f(x)= L Bi& F(%Hmj:k véimoi ke Z. Tinh F(0)+F(z)+F(27)+..+F(10x).
CoS X

A.55. B. 44. C. 45. D. 0.
(Yén Lac 2 - Vinh Phic - 2020) Goi F(x) 1a mt nguyén ham ctia ham s6 f'(x)=2", théa man

F(0)=— . Tinh gié trj biéu thire T = F(0)+ F(1)+ F(2)+...+ F(2019).

In2
2020 2019 2019
A.T= 2 1. B. T:1009.2 1. C. T =2%1920%0 D.T= 2 1.
In2 2 In2

“Neu If =F(x)+C thi .[f '(x)dsz(u(x))+C”.
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Gia sir ta can tim ho nguyén ham 7 = I £ (x)dx, trong d6 ta c6 thé phan tich
f(x)= g(u(x))u'(x)dx thi ta thtre hién phép doi bién s6 ¢ =u/(x)
= dt =u'(x)dy. Khi do: I =[g(t)dt=G(t)+C=G(u(x))+C
Chu y: Sau khi ta tim duoc ho nguyén ham theo t thi ta phai thay 7 =u/(x)

1. Déi bién s6 véi mét soé ham thwong gap
b
« [ flax+by'xdx —>t=ax+b. - j S F ) f ) d—Z—t =12/ £ (x).

a

b b
. If(lnx)ldxinzlnx. . J.f(ex)exdxiﬁzex.
X

b b
. If(sinx)cosxdxiﬂ:sinx. . J.f(cosx)sinxdxi)tzcosx.

a a

b b

1 . . .

. If(tanx) —dx—">r=tanx. jf(smxircosx).(smxircosx)dx:>t=s1nxircosx.
co

S X

B B
J.f(\/az—xz)xz"de)xzasint. . If((\/xz+a2)’")x2”dxl>x=atant.

:>t=\/ax+b+\/cx+d.

T 8
f =X \dv—L2 5 x = acos2t. -j dr
axx *A(@x+b)ex+d)
B
R[ﬁ/ax+b,.,sf/ax+b]dx:>t"zax+b. . j £ i !
a(a+bx”)£/a+bx”

R ™ R

v
=
Il
~ |

2. Doi bién s6 voi ham dn ‘ ‘ ‘

» Nhdn dang twong doi: De cho f(x), yéu cau tinh f(# x) hodc dé cho f(# x), yéu cau tinh f(x).

o Phwong phap: Dat t = (+ x).

« Luu y: Doi bién nhé doi cin va & trén da sie dung tinh chat: “Tich phén khong phu thudc vao bién sé,
b

b b
ma chi phy thugc vao hai cgn”, nghia la [ f)du = [ f(5)dt == [ £ (x)dx =+

Cau19. (Mai 101 - 2020 Lan 2) Biét F(x)=e¢"+x° 1a mot nguyén ham ctia ham s6 f(x) trén R. Khi
do If(Zx)dx bing
A. 2¢" +2x° +C. B. %e“+x2+C. C. %ez"+2x2+C. D. ¢ +4x* +C.
Chu 20. (Mi 102 - 2020 Lan 2) Biét F(x)=e¢"—2x" 1a mot nguyén ham cia ham s6 f'(x) trén R. Khi
d6 [ f(2x)dx bing
A. 2 —4x" +C. B. %e“ —4x*+C.  C. -8’ +C. D. %ez" -2x" +C.
Chu21. (M4 103 - 2020 Lan 2) Biét F(x)=¢"—x" la mdt nguyén ham cia ham s6 f(x) trén R. Khi
d6 [ f(2x)dx bing

A. %ezx—2x2+C. B. ¢¥ —4x*+C. C. 2¢" -2x* +C. D. %e“—x2+C.
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Cau 22.

Cau 28.

Cau 46.

Cau 5.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

TAI LIEU ON THI THPTQG 2021
(M3 104 - 2020 Lan 2) Biét F(x)=¢"+2x” 1a mdt nguyén ham ctia ham s6 f(x) trén R. Khi

dé [ f(2x)dx bing
A e 4827+ C. B. 2¢" +4x’ +C. C.%ez“‘+2x2+C. D.%ez"+4x2+C.

[DS12.C3.1.D09.b] (Thi thir Lomdéndxop - Ha Ngi lan V 2019) Biét
[ £ (2x)dx=sin® x+Inx+C. Tim nguyén ham [ £ (x)dx?

A. If(x)dx=sin2§+lnx+C. B. If(x)dx=251n22x+21nx+C.
C. If(x)dx=2sin2§+21nx+C. D. [ 1 (x)dx=2sin’ x+2Inx+C.

[DS12.C3.1.D09.b] Cho j f(4x)dx = x* +3x+c . Ménh dé nao dudi diy dang?

2
A. If(x+2)dx=%+2x+c. B. [f(x+2)dx=x"+Tx+C.
2 2
C. J.f(x+2)dx=x7+4x+C. D. jf(x+2)dx=%+4x+c.
[DS12.C3.1.D09.b] Cho j f(x)dx=4x"+2x+C,. Tinh I = j of () d.
xlO x6

A T=2x"+x*+C. B.I="—+"+C.
10 6

C.1=4x"+2x>+C. D.1=12x"+2.
(S& Béc Ninh 2019) Tim ho nguyén ham ciia ham s6 f (x)=x"e""'.

A. jf(x)dxzxg.e”w. B. [/ (x)dr=3¢""+C.
C. jf(x)dxzex3+1+C. D. jf(x)dxz%ex3+l+c.

(THPT Ha Huy Tap - 2018) Nguyén ham cua f (x)=sin 2o 13

2 2
sin” x+1 sin” x—1

A. sin2 X.esmzx_l +C. B. T-'_C‘ C. esmzx +C. D. 62—+C
sin” x +1 sin” x—1
. . 1
Tim tat ca cac ho nguyén ham cia ham so f (x) == <
X +3x
1 1 x* 1 1 x*
A. x)dx =———+—In +C B. x)dx =— ——1In +C
J.f( ) 3x* 36 |x*+3 If( ) 12x* 36 [x*+3
1 1 x* 1 1 x*
C. x)dx =—————In +C D. x)dx =-— +—1In +C
J.f( ) 3x* 36 [x*+3 If( ) 12x* 36 |x*+3
3
(Chuyén L& Hong Phong Nam Dinh 2019) Tim ham sé F(x) biét F(x)=| = [dr v
X+

F(0)=1.
A. F(x) :ln(x4 +1)+1_B. F(x) :iln(x4 +1)+%.
C. F(x)z%ln(x4+1)+l. D. F(x)=4In(x"+1)+1,
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Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

=171 (x-1Y . . A 4R s o
Biét J‘de:—. —— | +C,x# -1 v6i a,beN". Ménh dé nao sau day dung?
1) a \x+1
A.a=2b. B. b=2a. C. a=2018b. D. b=2018a.
(Chuyén Quéc Hoc Hué - 2018) Biét rang F(x) la mot nguyén ham trén R cia ham sb
f(x) :L%;m théa man F(1)=0. Tim gié tri nho nhat m cua F(x).
(x2 +1)
1 1_22017 l+22017 1
A.m=—5. B.mzw. C.mzw. D.m=5.
. 1
Cho F(x) 1a nguyén ham cta ham s6 f(x)=— n va F(0)=—In2e. Tap nghiém S cua
e +
phuong trinh F(x)+ln(e" +1) =2 la:
A.S={3) B. §={23) C. §={-23} D. S ={-33)

(THPT L2 Quy Don P Niing 2019) Ho nguyén ham cita ham s6 f (x) = ' (x> +1)" 1a

A 1 (x2 +1)2021 (x2 +1)2020 B (x2 + 1)2021 (x2 +1)2020
"2l 2021 2020 | 2021 2020
C (xz +1)2021 ) (x2 +1)2020 X C D l (x2 +1)2021 . (x2 +1)2020
To2021 2020 ' “21 2021 2020
(THPT Ha Huy T4p - 2018) Nguyén ham cta f (x) = 1+11;” la:
X X
A. J-1+1nx —1n|1nx|+C. J-l+lnx 1n‘x2.1nx‘+C.
X. le X. le
C. J~l+lnx ln|x+lnx|+C. J-1+1nx 1n|x.1nx|+C.
X. nx X. le

2 ¥+

(Chuyén Ha Long - 2018) Tim ho nguyén ham cta ham sé f(x)=x’e
A [f(x)dx=e""+C .B. [ f(x)dr=3¢""+C.
1 . :

C. If(x)dx=§ex el D. J.f(x)dxzx?emerC.

(Chuyén Lwong Vin Chanh Phii Yén 2019) Nguyén ham ciia ham s6 f/(x)=/3x+1 la
Ao [ f(x)de=(3x+1)Bx+1+C. B. [ f(x)dx=3Bx+1+C.

C. If(x)dx=§\3/3x+l+c. D. If(x)dxzi(3x+l)\3/3x+l+C.

Nguyén ham cia ham s6 f(x)=~/3x+2 la

A. %(3x+2)\/3x+2 +CB. %(3x+2)\/3x+2 +C

1
C. %(3x+2)\/3x+2 +CD. 3

+C
23x+2

(HSG Bic Ninh 2019) Ho nguyén ham cua ham sé f(x) =+2x+1 1a
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Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

TAI LIEU ON THI THPTQG 2021

A. —%(2x+1)\/2x+1+c. B. % 2x+1+C.
C. %(2x+1)\/2x+1+c. D. %(2x+1)\/2x+1+c.

(THPT An Lao Hai Phong 2019) Cho ham s f(x)= 2102 pam sé nao dusi day khéng 1a

Jx
nguyén ham cta ham s6 f (x)?
A F(x)=2"+C  B.F(x)=2(2"-1)+C
C. F(x)=2(2% +1)+C D. F(x)=2""+C
x=3

Vx+1

dx, béng cach dat

(THPT Yén Phong S6 1 Bic Ninh 2019) Khi tinh nguyén ham j

u=~x+1 ta dugc nguyén ham nao?

A. J.Z(u2—4)du. B. J.(u2—4)du. C. J.(uz—?))du. D. J.2u(u2—4)du.
. 1
Chuyén Ha Long - 2018) Tim h én ha 1a ha 0 =
(Chuy : g ) Tim ho nguyén ham cua ham s6 f(x) o]
A. If(x)dxz%\/2x+l+C. B. [ f(x)x=v2x+1+C.
1
C. =242x+1+C. D. =—+C
J.f(x)dx g jf(x)dx (2x+1)\/2x+1
(THCS - THPT Nguyén Khuyén - 2018) Nguyén ham ciia ham s6 £ (x) = ln(x ¥ +1) 1a
A. F(x)=x1n(x+\/x2+1)+\/x2+1+C. B. F(x)len(x+x/x2+1)—x/x2+1+C.
C. F(x)len(x+\/x2+l)+C. D. F(x)zlen(x+\/x2+1)+C.

A 3 ; 20x* —30x+7
(Chuyén Ha Long - 2018) Biét rang trén khoang (—;+ooj, ham s6 f(x)=——F——— ¢0
2 (x) V2x-3

mdt nguyén ham F(x)z(ax2+bx+c)\/2x—3 (a,b,c 1a cac s nguyén). Tong S=a+b+c

bing
A. 4. B. 3. C.5. D. 6.
(Chuyén Béc Ninh 2019) Tim nguyén ham ctia him sé f(x) = —on
1+3cosx
A. J.f(x)dx:%ln|l+3cosx|+C. B. [ f(x)dr=In|l+3cosx|+C.
C. jf(x)dx=31n|1+3cosx|+c. D. If(x)dx=—§1n|l+3cosx|+C.
(S& Thanh Héa 2019) Tim cic ham sd f(x) biét f'(x)=— .
(2 +sin x)
sin x 1
A f(x)=——"_4C. B. f(x)=——+
S0 (2+sinx)? S0 (2+cosx)
C. f()=——4C. D. f(x)=—2% L ¢
2+sinx 2+sinx
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Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

(THPT Quang Trung Péng Pa Ha Nji 2019) Biét F (x) 1a mot nguyén ham cta ham sb

sin x s
X)=———va F| = |=2.Tinh F(0).
S 1+3cosx (2) ( )

A. F(O)=—§ln2+2. B. F(O)=—%ln2+2. C. F(O)=—§ln2—2. D. F(O=—§ln2—2.

(Lién Trwong Thpt Tp Vinh Nghé An 2019) Biét ff(x)dxz 3xcos(2x—5)+C. Tim khing
dinh dang trong cac khing dinh sau.
A. If(3x)dx =3xcos(6x—5)+C B. If(3x)dx =9xcos(6x—5)+C

C. [ f(3x)dx=9xcos(2x—5)+C D. | f(3x)dx=3xcos(2x—5)+C
(Chuyén Ha Long - 2018) Tim ho nguyén ham cua ham sé f(x) = tan’ x.

A. If(x)dx=%tan4x—%tan2x+ln|cosx|+C.
B. If(x)dxz%tan“x+%tan2x—ln|cosx|+C.
C. If(x)dx=%tan4x+%tan2x+ln|cosx|+c.

1 1
D. If(x)dx=Ztan4x—5tan2x—ln|cosx|+C.
(Hong Bang - Hai Phong - 2018) Biét F(x) 12 mét nguyén ham cia ham sb

f(x)=sin’ x.cosx va F(0)=z.Tinh F(%j .

A F|Z|=-x. B.F|Z|=r. c.rlZl=-Lis por[Z)=lin
2 2 2 4 2 4
Cho F(x) 1a mdt nguyén ham cta ham s6 f(x)= | thoa man F[lj:Z va F(e)=In2.
xIn x e
Gi4 tri ctia biéu thire F(iz}rF(ez) bang
e
A.3In2+2. B. In2+2. C. In2+1. D. 2In2+1.

(Chuyén Nguyén Hug-HN 2019) Goi F(x) 1a nguyén ham cua ham sé f(x)= — % théa

V8 —x?

man F(2) = 0. Khi d6 phuong trinh F(x) =x c6 nghiém la:

A. x=0. B. x=1. C.x=-1. D. x=1-3.
Goi F(x) la nguyén ham cia ham sé f(x) :il—iz. Biét F(3)=6, gia tri ciia F(8) la
x+1 x

A 2T B. 27. c. 2> p. 215,

8 24 8

. 20x> —30x+7 3
Ho nguyén ham ctia ham so =————— trén khoang | —;+o0 | la
O nguy f(x) s g(z 00)

A. (45 +2x+1)V2x-3+C. B. (4x"—2x+1)3/2x-3.
C. (3x2—2x+1)\/2x—3. D. (4x2—2x+1)\/2x—3+C.
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TAI LIEU ON THI THPTQG 2021

~

. Cong thirc thwong dp dung

f ! dx:lln‘ax+b‘—|—0.. f;dx:_l. 1 +C
ar +b a (az +b)* a ar+b

e Ina+1Inb=In(ab). « lna—lnbzln%-

e Ina" =nlna. « Inl1=0.

P(z)
Q(z)

o Néu bidc ciia tir s6 P(x) > bdc ctia mdu s6 Q(x) —2— Chia da thikc.

2. Phwong phdp tinh nguyén ham, tich phan ciia ham sé hivu tj I = f dz.

o Néu bdc ciia tir s6 P(z) < bdc ciia mau s6 Q(z) —LE— phan tich mau Q(x) thanh tich o, réi sir dung

phirong phdp che dé dwa vé cong thire nguyén ham s6 01.
o Néu mau khéng phan tich dwoc thanh tich s6 —2—s thém bét dé doi bién hodc lwong gidc héa bang

cach dat X = atant, néu mau dwa dwoc vé dang X* +a’.

Ciu 51. (P& Minh Hoa 2020 Lan 1) Ho tit ca cac nguyén ham ciia ham sé f(x)= x+f trén khoang
(1;+oo) la
A. x+3In(x-1)+C.  B. x=3In(x—1)+C.
C. x—L+C. D. x+ 3 +C.

(x=1) (x=1)
Chu 52. (M3 dé 104 - BGD - 2019) Ho tit cd c4c nguyén ham cua ham s6 f(x)= Sx-2

(+-2)

- trén khoang

(2+0) 1a
A 3In(x-2)+—2—4C B. 3In(x—2)-—2—+C
x—2 x—
C.3In(x-2)- +C D. 3In(x-2)+ +C.
x—2 x—=2
Cau53. (Mia dé 101 - BGD - 2019) Ho tit ca cac nguyén ham cta ham s f(x)=(2x_l)12 trén
X+
khodng (—1;+0) 1a
A. 21n(x+1)+L+C. B. 21n(x+1)+i+c.
x+1 x+1
C. 2ln(x+1)—i+C. D. 2ln(x+1)—i+C.
x+1 x+1

Cau54. (Chuyén Lé Quy Don Dién Bién 2019) Tim mot nguyén ham F (x) cia ham s6

F(x)=ar+2(x#0), bitring F(~1)=1F(1)=4,7(1)=0

x
A. F(x)zéx2 3.7 B. F(x)zéxz 3.7
27 T4x 4 47 2x 4
C. F(x)zéxquiJrZ D. F(x)zéxz 3.1
4 2x 4 2 2x 2
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Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

2x-13
Cho biét —dx aln|x+1|+bln|x—2|+C.
T2
Ménh d nao sau day ding?
A. a+2b=38. B.a+bh=8. C. 2a-b=8. D. a-b=8.

Cho biét j%dx=a1n|(x—1)(x+1)|+b1n|x|+c.Tinh gié trj biéu thic: P=2a+b.
X —X

A. 0. B.-1. c.t. D. 1.
2
Cho biét j%dx aln|x+2|+bIn|x+3|+C. Tinh gié trj bicu thitc: P=a’+ab+b.
X" +ox+
A.12. B. 13. C. 14. D. 15.

Cho ham s6 f'(x) thoa man f/(x):ax2+%, '(1):3,f(l)zZ,f[%]:—é.Khidé 2a+b
x

bang

A.—g. B. 0. C.5. D.%.

2
(M3 102 2019) Ho tat ca cac nguyén ham ctia ham s f'(x) = % trén khoang (1;+00) 1a

A. 3ln(x—1)—L+c. B. 31n(x—1)+i+c.
x—1 x—1

C. 3ln(x—1)—i+c. D. 3ln(x—1)+L+c.
x—1 x—1

(M3 103 - 2019) Ho tt ca cac nguyén ham ctia ham s6 f(x) = (2x+;2 trén khodng (—2;+) la
x+2
A. 2In(x+2)+ +C. B. 2In(x+2)+ +C.
x+2 x+2
C. 2In(x+2)- +C. D. 2In(x+2)- +C.
x+2 x+2
(THPT Yén Khanh - Ninh Binh - 2019) Cho F(x) 1a mdt nguyén ham cta ham sb
f(x)z% trén khoang (0;+w) thoa mén F(1)=l. Gia tri cua biéu thic
X +2x +x 2
S=F(1)+ F(2)+F(3)+...+ F(2019) béng
AL 2019' B. 2019.2021_ C. 2018 1 _ D. _2019_
2020 2020 2020 2020
o (2x+3)dx 1 s
Gia su’j =- +C (C la hang s0).

x(x+1)(x+2)(x+3)+1 g(x)
Tinh tong cdc nghiém ctia phuong trinh g(x)=0.

A, 1. B. 1. C. 3. D. -3.
(Nam Trwc - Nam Pinh - 2018) Cho / = j—dx =_—?—bln|x|+2cln(l+x2)+C. Khi
(l+x ) X
d6 S=a+b+c bang
-1 3 7
A, —. B. —. C.—. D. 2.
4 4 4
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Cau 64.

Cau 65.

Cau 66.

Cau 67.

TAI LIEU ON THI THPTQG 2021
(Truwomg VINSCHOOL - 2020) Cho ham sé f (x) xac dinh trén R\{—l;l} théa man

f(x)= 21 . Biét f(3)+f(-3)=4 wva f(%}f[%lj:z. Gia tri cia bicu thic

£ (=5)+7(0)+ f(2) bang

A. 5—lln2. B. 6—lln2. C. 5+lln2. D. 6+lln2.
2 2 2 2
(Quéng Xwong - Thanh Héa - 2018) Cho ham s f(x) xac dinh trén R\{—2;1} thoa
1 1 .
min f'(x)=—————, =3)-f(3)=0 wva 0)=—. Giad tri cua Dbiéu thuc
P 1310 1(0)=1 .
f(-4)+f(-1)- f(4) bang
A. l1112+l. B. n80+1. C. llni+ln2+1. D. lln§+l.
3 3 35 35

(Chuyén Nguyén Quang Diéu - Dong Thap - 2018) Cho ham s6 f(x) xac dinh trén R\{1}
thoa min f’(x)z%, £(0)=2017,, £(2)=2018. Tinh S =(/(3)—2018)(/(~1)-2017).
o

A. S=1. B. S=1+In°2. C.S5=2In2. D. S=In’2.
2
-1

(S¢ Phi Tho - 2018) Cho ham s f(x) x4c dinh trén R\{-1;1} théa min f"(x)=

F(<2)+£(2)=0 va f(—%}rf[%)zz.ﬂnh £(=3)+£/(0)+ £ (4) duge két qua

A. ln§+1. B. lng—l. C. lni+1. D. lni—l.
5 5 5 5

Cho hai ham sb u va v lién tuc trén [a;b] va c6 dao ham lién tuc trén [a;b] . Khi do:
judv = uv—jvdu(*)
b
Dé tinh tich phan [ = J f (x)dx bang phuong phap timg phén ta lam nhu sau:
Buwéc I: Chon u,v sao cho f(x)dx=udv (chuy: dv=v'(x)dx).
Tinh v= Idv vadu=u'dx.

Bude 2: Thay vao cong thirc (*) va tinh j vdu .

Can phai Iya chon u va dv hop li sao cho ta dé dang tim dugc v va tich phan jvdu dé tinh hon

I udv . Ta thuong gap cac dang sau

sin x

Dang 1 :Isz(x)[ }dx,trong do P(x) la da thic

Cos x
. sin x
Vi dang nay, ta dat u =P(x), dv={ }dx.

COS X

Dang2:1 = J.(x)embdx
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Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

u= P(x)
dv =e“*dx

Dang 3 : | :J.P(x)ln(mx+n)dx

Vi dang nay, ta dat { , trong d6 P(x) la da thuc

u zln(mx+n)

Véi dang nay, ta dat
e nay {dVZP(x)dx

sin x
Dang 4 : I:j[ }exdx

COS X
sin x sin x

u= N u=
Vi dang nay, ta dat cosx | dé tinh I vdu ta dat cosx |.

dv=e"dx dv=e"dx
(Ma 101 - 2020 Lan 1) Cho ham sb f(x)= 2’“ . Ho tat ca cac nguyén ham cia ham s6

X +2
g(x)=(x+1).f"(x) 1a
2 _ _ 2

A S22 00 g X2 L c XX o p X2 e

2x*+2 x> 42 ' X' +2 2x?+2

(M3 102 - 2020 Lan 1) Cho ham sé f(x)=

. Ho tat ca cac nguyén ham cia ham s6
x*+3
g(x)=(x+1)f"(x) la

2 _ 2 _
ALY +2x 3+C. B. x+3 LC .2x +x+3+C‘ D. _~ 3

232 +3 W +3 N x> +3

(M3 103 - 2020 Lan 1) Cho ham s f(x)=

@

. Ho tat ca cac nguyén ham cua ham so

x+1
g(x)=(x+1)/f'(x)

2 . 2 _
A2l o B L ¢ c 2 x+l o p Xl

2xt+1 Vvx?+1 Vx?t+1 x*+1
X

(M3 104 - 2020 Lan 1) Cho ham s6 f(x)=

+C.

. Ho tat ca cac nguyén ham cia ham s
X’ +4
g(x)=(x+1)/"(x) 1a
_ 2 _ 2
A. EELL A +C. B. = 4 +C c.rrX—? 2 4+C. D. 20 txtd +x+4+

2x* +4 Je+a 2% +4 Jx¥ +4

(Pé Minh Hoa 2020 Lan 1) Cho ham s f(x) lién tuc trén R. Biét cos2x 1a mot nguyén ham

C.

cuaham sd f(x)e", ho tat c4 cdc nguyén ham ctia ham so f”(x)e" la:
A. —sin2x+cos2x+C .B. -2sin2x+cos2x+C .
C. -2sin2x—cos2x+C. D. 2sin2x—cos2x+C.

(P& Tham Khio 2019) Ho nguyén ham ctia ham s6 f(x)=4x(1+Inx) la:
A. 2x° Inx+3x7. B. 2x’Inx+x°.
C. 2x°Inx+3x*+C. D.2xInx+x"+C.

Ho cac nguyén ham cuia ham so f (x) =xsinx la
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Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

TAI LIEU ON THI THPTQG 2021
A. F(x)=xcosx+sinx+C. B. F(x)=xcosx—sinx+C.

C. F(x)=-xcosx—sinx+C. D. F(x)=-xcosx+sinx+C.

(Chuyén Phan Bgi Chau 2019) Ho nguyén ham ctia ham s6 f(x) = x.e™* 1a:

1 1 1
A. F(x)=§ezx[x—§J+C B. F(x)=Eez““(x—2)+C
C. F(x)=2¢"(x-2)+C D. F(x)=2e2x(x—%j+C
(THPT Gia Ljc Hai Dwong 2019) Ho nguyén ham ctia ham s6 f'(x)=(2x—1)e* 1a
A. (2x—3)ex+C. B. (2x+3)ex+C.
C. (2x+l)e"+C. D. (2x—1)ex+C.
(Chuyen Phan Bi Chau Nghé An 2019) Tim ho nguyén ham cia ham s§ f(x) = xe®?
A. F(x)=%ezx(x—%j+c. B. F(x)=%ezx(x—2)+C.
C. F(x)=2ezx(x—2)+C. D. F(x)=2e2"(x—%j+c.

(Chuyén Son La 2019) Ho nguyén ham ctia ham s6 /' (x)=x(1+sinx) la

2 2
X

X ) )

A, ——xsinx+cosx+C. B. 7—xcosx+smx+C.
x’ ) x° )

C. 7—xcosx—smx+C. D. 7—xsmx—cosx+C.

(Chuyén Thai Binh - Lan 3 - 2020) Gia st F(x)= (ax2 +hx+ c)e" 12 mot nguyén ham cuia ham
s6 f(x)=x"¢".Tinh tich P =abc.

A. —4. B. 1. C. -5. D. -3.
Ho nguyén ham ciia ham s6 f(x) = 2x(1+¢")1a
A. (2x—1)ex+x2. B. (2x+1)ex+x2. C. (2x+2)ex+x2. D. (2x—2)ex+x2.
Ho nguyén ham cua f (x) =xInx 1a két qua ndo sau day?
A. F(x)zllenx+lx2+C. B. F(x)zllenx+lx2+C.
2 2 2 4
1 2 1 2 1 2 1
C. F(x):—x Inx——x"+C. D. F(x):—x Inx+—x+C.
2 4 2 4

(Chuyén Lé Hong Phong Nam Pinh 2019) Tim tit ca cac nguyén ham cua ham sb
f(x)=(3x2 +1).lnx.

3 3

A. If(x)dxzx(xz +l)lnx—%+C. B. If(x)dx=x3 lnx—x?+C.
3 3

_ 2 X _ .3 X
C. J.f(x)dx—x(x +1)lnx—?—x+C. D. J.f(x)dx—x lnx—?—x+C.
(Chuyén Pai Hoc Vinh 2019) Tét ca cic nguyén ham cua ham sb f (x) = _x2 trén khoang

sin“x

(0;7) l1a
A. —xcotx+In(sinx)+C. B. xcotx—In|sin+C.
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Cau 84.

Cau 85.

Cau 86.

Cau 87.

Cau 88.

Cau 89.

Cau 90.

C. xcotx+ln|sinx|+C. D. —xcotx—In(sinx)+C.

(Sé Phu The 2019) Ho nguyén ham ciia ham s6 y =3x(x+cosx) la
A. X’ +3(xsinx+cosx)+C B. x’-3(xsinx+cosx)+C
C. x3+3(xsinx—cosx)+C D. X’ —3(xsinx—cosx)+C

(Chuyén Lé Hong Phong Nam Pinh 2019) Ho nguyén ham cta ham sé f (x) =x'+xe* 1a
A. %xs +(x+1)e"+C. B. %xs +(x-1)e"+C.
C. %x5+xex+C. D. 4x° +(x+1)e" +C.

Cho hai ham s F(x),G(x) xéc dinh va c6 dao ham lan lugt 1a f(x),g(x) trén R. Biét ring

3
F(x).G(x)=x" ln(x2 +1) va F(x).g(x)= 2x . Ho nguyén ham cia f(x).G(x) la

x2+1
A. (x2 +l)ln(x2 +1)+2x2 +C. B. (x2 +1)1n(x2 +l)—2x2 +C.
C. (¥*+1)In(x* +1)-x" +C. D. (x* +1)In(x* +1)+x" +C.
(Sé Bic Ninh 2019) Ménh dé nao sau day 1a dung?
A. J.xe"dxze““ere““vLC. B. J.xexdxz%Qex+ex+C.
C. jxexdxzxe”—e"+C. D. J.xexdxzx—zex+C.
2

(Sé Bic Giang 2019) Cho hai ham s F(x), G(x) xac dinh va c6 dao ham lan luot 1a f(x),

g(x) trén R. Biét F(x).G(x)=x"In (x2 +1) va F(x)g(x)= 22{1 . Tim ho nguyén ham cta

X

f(x)G(x).
A. (x2+1)ln(x2+1)+2x2+C. B. (x +1) (x +1) 2x* +C.
C. (x2+1)1n(x2+1)—x2+C. D. (x +1) (x +1)+x

(x2 +a)

2

Cho biét F(x) =%x3 -1 1 mot nguyén ham cia f(x)= . Tim nguyén ham cua

X X
g(X)ZXCOSCDC.

A. xsinx—cosx+C B. %xsin2x—%cos2x+€

C. xsinx+cos+C D. %xsin2x+%cos2x+C

2
(2x +x)lnx+1 "

Ho nguyén ham ciia ham s0 y =

X

A. (x2+x+1)lnx—%2+x+C. B. (x2+x—1)h1x+x—22—x+C.

C. (x2+x+1)lnx—x—2—x+C. D. (x2+x—1)lnx—x—2+x+C.
2 2
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Cau 91.

Cau 92.

Cau 93.

Cau 9%4.

Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

TAI LIEU ON THI THPTQG 2021

1 ,
(M3 104 2017) Cho F(x) =2 la mot nguyén ham cia ham s6 M. Tim nguyén ham ctia
X X

ham s f'(x)Inx.

In 1 Inx 1
A. If lnxdx —(x—;+x—2j+c B. If In x dx——+2—+C
C. [ f(x)nxdv=—[ 22+ L )ic D. [ /(x)nxax =24 L0
x* o 2x° x2 2

X
i 1 ()
(Ma 105 2017) Cho F (x) = —F la mot nguyén ham ctia ham s6 ——=. Tim nguyén ham cta
X X
ham s f'(x)lnx

Inx 1 Inx 1

A. J‘f lnxdx—?+§+C B. J.f anCdx_?—g +C
C. _[f lnxdx——h;—x+ +C D. If Inxdx—h;—3x+$+C

1
3x°
(M3 110 2017) Cho F(x)=(x—
ciia ham s6 f"(x)e™.
A. [ f'(x)edx=(4=2x)e" +C B. [f'(x)e”dr=(x=2)e +C

)e“ 1 mdt nguyén ham cua ham sé f'(x) e’ . Tim nguyén ham

C. jf'(x)e“dx=2;xe*+c D. [ f'(x)edx=(2-x)e" +C

Cho ham s6 f(x)théamin f'(x)=xe"va £(0)=2.Tinh £ (1).

A. f(1)=3. B. f(1)=e. C. f(1)=5-e. D. f(1)=8-2e.
(Chuyén Dai Hoc Vinh 2019) Cho ham sé f(x) théa man f(x)+f'(x)=¢,VxeR va
£(0)=2. Tat ca cac nguyén ham cta f(x)e”" 1a

A (x=2)e"+e"+C  B.(x+2)e™ +e"+CC. (x—1)e"+C D. (x+1)e"+C

(Viét Dirc Ha Noi 2019) Cho ham sé y=f(x) théa man f'(x)=(x+1)e", £(0)=0 va
If(x)dx =(ax+b)e* +c véi a,b,c la cac hang sb. Khi do:

A.a+b=2. B. a+b=3. C.a+b=1. D. a+b=0.

(THPT Nguyén Thi Minh Khai - Ha Tinh - 2018) Goi F (x) 1a mot nguyén ham cia ham sb
f(x)=xe™". Tinh F(x) biét F(0)=1.

A. F(x)=—(x+1)e " +2. B. F(x)=(x+1)e™ +1.

C. F(x)z(x+1)e"x+2. D. F(x)z—(x+1)e_x+l.

(Sé Quang Nam - 2018) Biét j xcos2xdx = axsin 2x+bcos2x+C véi a, b 1a cac sd hitu ti.

Tinh tich ab ?
1 1 1 1

A. ab=—. B. ab=—. C.ab=—. D. ab=—.
8 4 8 4
5 : . o N In(x+3)
(Chuyén Ph Vinh - 2018) Gia sit F(x) 12 mot nguyén ham cua f(x)= > sao cho
X

F(-2)+F(1)=0.Giatri cia F(-1)+F(2) bang
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A. E1n2—§1n5. B. 0. C. Z1n2. D. gln2+gln5.
3 6 3 3 6

Ciu 100. (THCS&THPT Nguyén Khuyén - Binh Duong - 2018) Goi g (x) 1a mot nguyén ham cta ham
s6 f(x)=In(x-1). Cho biét g(2)=1 va g(3)=alnb trong d6 a,b la cic s6 nguyén duong
phan biét. Hay tinh gia tri ctia T =3a” - b’
A. T=8. B. T=-17. C.T=2. D. T =-13.

Ciu 101. (Sé& Quang Nam - 2018) Biét j xcos2xdx = axsin2x+bcos2x+C véi a, b 1a cac sd hitu ti.

Tinh tich ab?
1 1 | 1

A. ab=—. B. ab=—. C.ab=——. D. ab=——.
8 4 8 4
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TAI LIEU ON THI THPTQG 2021

Chuyén dé 25 NGUYEN HAM

TAI LIEU DANH CHO HQC SINH GIOI MUC 9-10 PIEM

1. Nguyén ham ciia ham 4n hoic lién quan dén trinh f(x),f*(x),f’(x)

Dang 1. Bai toan tich phéan lién quan dén déng thirc u(x) £ (x)+u (x) f(x) = h(x)
Phwong phap:

D@ dang thay rang u(x) f (x)+u (x) f(x) =[u(x) f(x)]

Do d6 u(x) f (x)+u (x) f (x) = h(x) & [u(x) f ()] =h(x)

Suy ra u(x) f(x) = j h(x)dx

Tir day ta dé dang tinh duoc f(x)

Dang 2. Bai toan tich phéan lién quan dén biéu thurc 1 (x)+ f(x) = h(x)

Phwong phap:

Nhan hai vé voi e" ta duroe e*- f'(x)+e" f(x) =" -h(x) < [ e f(x) | =" h(x)
Suyra e* - f(x)= j e* - h(x)dx

Tur day ta dé dang tinh duoc f(x)

Dang 3. Bai toan tich phén lién quan dén biéu thuc £ (x)— f(x) = h(x)

Phuwong phap:

Nhan hai vé voi e taduroc e *- f (x)—e " f(x)=e - h(x) < [ f(x)] e h(x)
Suyra e f(x)= J.e"" - h(x)dx

Tir day ta dé dang tinh duoc f(x)

Dang 4. Bai toan tich phéan lién quan dén biéu thurc 1 (x)+ p(x)- f(x) = h(x)
(Phuong trinh vi phén tuyén tinh cap 1)

Phwong phap:

x)dx

A o K __zo »(
Nhan hai vé voi eI ta duogc

f' (x)'ej‘p(x)dx o p(x)'ej.p(x)dx f(x) _ h(x)'ejp(xm N [f(x)'ejp(X)dx:l _ h(x)'ejp(x)dv

Suym f)ee "t = [ P hx)d

Tur day ta dé dang tinh duoc f(x)

Dang 5. Bai toan tich phéan lién quan dén biéu thic £ (x)+ p(x)- f(x) =0
Phuong phap:

SO, 0L @) _
(x) /@

Suyra [0 dr =] p(ode < | (9=~ p(x)s

Chia hai vé v6i f(x) ta duoc -p(x)

Tir day ta dé dang tinh duoc f(x)
Dang 6. Bai toan tich phan lién quan dén biéu thirc £ (x)+ p(x)-[ f(x)]" =0

Phuwong phap:
Chia hai vé véi [ f(x)]" ta duoc [ff(% +p(x)=0<= [ff(% =—p(x)
Suy ra j %dx = j p(x)dx = LG (n)] = j p(x)dx
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Tu day ta dé dang tinh duoc f(x)

Cau 1.

Cau 2.

Cau 4.

Cau 6.

Cau 7.

Cau 8.

(Ma 103 2018) Cho ham s6 f(x) théa man f(2)=—21—5 va f'(x)=4x'[ f(x)] v6i moi
xeR. Gia tri cia f(l) bang
A - B. L c.- 2L D. -

400 40 400 10
(Chuyén Phan Bgi Chiu - Ngh¢ An - 2020) Cho ham s y = f(x) dong bién va c6 dao ham
lién tyc trén R thoa man (f’(x))2 = f(x)e', VxeR va f(0)=2.Khido f(2) thuoc khoang

nao sau day?

A. (12;13). B. (9;10). C. (1112). D. (13;14).
(Chuyén Thai Binh - 2020) Cho ham sb y=f(x) théa man f(2):—% va
f'(x)=x"f*(x) VxeR.Giatrjcia f(1) bing
A2, B. 1. C.-1. D. -2,
3 2 4

(Ly Nhan Téng - Bic Ninh - 2020) Cho ham s6 y = f (x) lién tuc trén R\{—I;O} thoa man
diéu kién: f(1)=-2In2 va x.(x+1)./"(x)+f(x)=x"+x.Biét f(2)=a+b.In3 (a, beQ).
Gia tri 2(a” +5°) 1a

A2l B.9. 2 D.2.

4 2
(Hai Hau - Nam Dinh - 2020) Cho ham s y = f(x) théa man f(x)<0,Vx>0 va c6 dao ham

N

f'(x) lién tyc trén khoang (0;+0o0) théa man f'(x)=(2x+1) f*(x),Vx>0 va f(l)z—%. Gia

tri ctia biéu thie f(1)+ f(2)+...+ £(2020) béng
A 2020 B, 2015, c. 2009, p. 2016,

2021 2019 2020 2021
(Bic Ninh 2019) Cho ham s6 y=f(x) lién tuc trén R\{-1;0} théa man f(1)=2In2+1,
x(x+1) f'(x)+(x+2) f(x)=x(x+1), Vxe R\{-1;0}. Biét f(2)=a+bIn3, véi a, b la hai
s6 hitu ti. Tinh T =a” —b.
A.T:I—;’. B.T=f—61. C.ng. D. T=0.
(THPT Nguyén Trii - Pa Ning - 2018) Cho hs y = f(x) thoa man y'=xy* va f(-1)=1 thi
giatri £(2) 1a

A. e, B. 2e. C.e+l. D. ¢

(Sé& Ha Ngi Nam 2019) Cho ham s6 f(x) lién tyuc trén R ,f(x) #0 voi moi x va thdéa man
f(1)=_%, 7(x)=(2x+1) £ (x) Biét F 1)+ £ (2) et £ (2019) =51 véi
a,be N,(a,b) =1 .Khéng dinh nao sau day sai?

A. a-b=2019. B. ab>2019. C.2a+b=2022. D. 5<2020.
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

TAI LIEU ON THI THPTQG 2021
(THPT Chuyén Lé Hong Phong Nam Pinh 2019) Cho ham s6 y = f(x) lién tuc trén (0;-+oc)
1

thoa man 2xf"(x)+ £ (x)=3x*Vx . Biét f(1)== . Tinh /(4)?

A. 24. B. 14. C. 4. D. 16.
(Chuyén Thai Nguyén 2019) Cho ham sb f(x)>0 véi moi xeR, f(0)=1 va

f(x)=+x+1Lf"(x) véimoi x € R. Ménh dé nao dudi day dung?
A. f(x)<2 B.2< f(x)<4 C. f(x)>6 D. 4<f(x)<6
(Chuyén Lé Hong Phong Nam Pinh 2019) Cho ham sé y= f (x) c6 dao ham lién tyc trén

[2;4] va f’(x)>0, Vxe[2;4]. Biét 4x3f(x)=[f'(x)]3—x3,Vxe[2;4],f(2)=%. Gia tri clua

f(4)be°1ng

(Chuyén Thai Binh 2019) Cho f(x) 1a ham sd lién tuc trén R théa man
f(x)+f'(x)=x,VxeR va £(0)=1.Tinh f(1).

A2 B. L. C.ec. p. <.

e € 2
(THPT NGHIA HUNG NP- GK2 - 2018 - 2019) Cho ham sb f (x) thoa man

[xf"(x)] +1=x*[1- £ (x)./"(x)] v6i moi x duong. Biét f(1)= f"(1)=1.Giati f>(2) bing
A. f2(2)=+2In2+2. B. f?(2)=2In2+2.

C. f7(2)=m2+1.  D. f*(2)=vIn2+1.

(Chuyén Bic Ninh 2019) Cho ham s6 f(x) théa man (f'(x))*+ f(x).f"(x)=x*-2x, VxeR
va f(0)=f'(0)=1. Tinh gia tri cia T = £*(2)

N B 16 ¢ p. 2

(Sé Binh Phuée 2019) Cho ham s6 f(x) lién tuc va c6 dao ham trén [o;%), théa man

cos’ x

f(x)+tanx.f"(x) = Y Biét rang \/gf[%j—f[%jzaﬁ 3+bIn3 trong d6 a,beQ. Gia

trj ctia biéu thirc P=a+b bang

A2 B. = c.’ D. -2
9 9 9 9

(THPT Yén Phong S6 1 Bic Ninh 2019) Cho ham s6 y=f(x) dong bién trén (0;+);
y=f(x) lién tuyc, nhén gid tri duong trén (0;+c0) va thoa man f(3):g va
[/'(x)] =(x+1).f(x). Tinh £ (8).

A. £(8)=49. B. f(8)=256. C. f(8)=—. D. f(8)=—-.
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cho ham sé f(x) thoa man £(1)=2 va (x*+1) f'(x)=[ /()] (¥* ~1) v6i moi xeR. Gid
tri ciia f'(2) béng

Az B. -2 c.-2 D.2
5 5 2 2

(Chuyén Nguyén Tit Thanh Yén Bai 2019) Cho ham s6 y = f(x) c6 dao ham lién tuc trén
khoang (0;+o0), biét f'(x)+(2x+1) f7(x)=0, f(x)>0, Vx>0 va f(2) =% . Tinh gi tri cha

P=f(1)+f(2)+..+ f(2019).

2021 g, 2020 c. 2019 p, 2018

2020 2019 2020 2019

Cho ham sé y =f(x) c6 dao ham lién tyc trén doan [-2;1] théa man f(0)=3 va
(f(x))2 S'(x)=3x" +4x+2. Gié tri 16n nhat cia ham s6 y = f'(x) trén doan [-2;1] 1a
A. 2342 B. 23/15. C. Y42 D. 15.
P& Thi Coéng Bing KHTN 2019) Cho ham sb f(x) théa min f(1)=4 va
F(x)=xf"(x)—2x* =3x* véimoi x>0.Giatri cia f(2) bang
A. 5. B. 10. C. 20. D. 15.
(Sé Bic Ninh 2019) Cho ham sb f(x) lién tyc trén R thoa mén cac diéu kién: f(O) = 2\/5,
f(x)>0, VxeR va f(x).f'(x)=(2x+1)/1+ f7(x), VxeR.Khidogiatr /(1) bing
A. V26 B. \24 . C. J15. D. V23.

(Cin Tho 2018) Cho ham sé f(x) thoa man [ f'(x)] + f(x)./"(x)=2x* ~x+1, VxeR va

£(0)=£'(0)=3. Gid trj ctia [ £(1)] bing

A. 28. B. 22. c.% D. 10.
(Chuyén Lé Hong Phong - 2018) Cho ham s6 f(x) c6 dao ham trén R théa man

(x42) £ (x) 4 (x +1) f(x) =¢" va f(0)=%.Tinh 7(2).

2

2
e e e e
A f(2)=—. B. f(2)=—. C. f(2)=—. D. f(2)=—.
1= )= 15 1)<
(Lién Trudng - Nghé An - 2018) Cho ham s y = f(x) lién tuc trén R\{0; —1} théa man diéu
kién f(1)=-2In2 va x(x+1).f"(x)+ f(x)=x"+x.Giatri f(2)=a+bIn3,véia,beQ. Tinh

a’ +b*.
A B B.2. c.2. p. 12
4 2 2 4

(THPT L& Xoay - 2018) Gia s ham s6 y = f(x) lién tyc, nhn gid tri dwong trén (0;+00) va
théaman f(1)=1, f(x)=/"(x)~3x+1, véi moi x > 0. Ménh dé nao sau day diing?
A. 2< f(5)<3. B. 1< f(5)<2. C. 4< f(5)<5. D.3< f(5)<4.
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Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

TAI LIEU ON THI THPTQG 2021
(THPT Quynh Lwu - Ngh¢ An - 2018) Cho ham sé f(x)#0 théa man diéu kién

f(x)=(2x+3) /*(x) va f(0)=—=. Biét rang tong

N | =

f(l)+f(2)+f(3)+...+f(2017)+f(2018):% v6i (a€Z,beN') va % 1a phan s6 t6i gian.

Ménh dé nao sau dy diang?

A.%<—1. B.%>1. C. a+b=1010. D. b—a=3029.
. . £ , 3xt+x7 -1 ) .
(THPT Nam Tryc - Nam Dinh - 2018) Cho ham s f(x)#0, f'(x)=——F—/f(x) va
x
f(1)=_§_ Tinh £ (1)+ £(2)+..+ £(80).
A _3240_ B. 6480_ C. 6430 ' D. 3240'
6481 6481 6481 6481

(Sé Ha Tinh - 2018) Cho ham s f(x) dong bién c6 dao ham dén cap hai trén doan [0;2] va
thoaman [ /(x) ]~/ (x)./"(x)+[ f'(x)] =0.Biét £(0)=1,/(2)=c". Khido f(1) bing

3 5

A. e?. B.¢. C. e2. D. ¢’.
Cho ham s6 y = f(x) lién tyc trén R théa man f’(x)+2x.f(x)=e’xz, VxeR va f(0)=0.
Tinh £(1).

A f(1)=¢. B. f(l):—é. C. f(l):eiz. D. f(l):é.
Cho ham s yzf(x) théa man f’(x).f(x):x4+x2.Biét f(O):2.Tinh f2(2).
A. f2(2)=%. B. 2(2)=22. c fr(2)=22. b ﬂz):%.

(Chuyén Dai hoc Vinh - 2019) Cho ham sé f(x) théa man f(x)+f'(x)=e¢™,VxeR va
f(O) =2 . Tat ca cac nguyén ham cia f(x)ezx la
A (x=2)e"+e"+C. B.(x+2)e™ +e"+C.
C. (x-1)e"+C. D. (x+1)e"+C.
Cho ham s6 y = f(x) c6 dao ham trén (0;+o0) thoa man 2xf"(x)+ f(x)=2x Vxe(0;+x),
f(1)=1. Gia trj cua bicu thirc f(4) la:

25 25 17 17

A, —. B. —. C. —. D. —.
6 3 6 3

(Chu Vin An - Ha Ni - 2019) Cho ham sé y = f(x) ¢6 dao ham lién tuc trén R va thoa man
didukien x°[ /'(x)] +27[ £ (x)-1] =0,vxeR va f(1)=0. Gid tri cia f(2) bing

A. -1 B. 1. C.7. D. -7.

(Bén Tre 2019) Cho ham s6 f(x) théa man: (f”(x)) + £ (x).f"(x)=15x" +12x, VxcR va
£(0)=£"(0)=1.Gia tri cua /(1) bang

A. é B. 8. C. 10. D. 4.

2
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Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 1.

Cau 2.

Cho ham sé y=f (x) c6 dao ham lién tuc trén (1;+oo) va théa méan
(xf'(x)—Zf(x)).lnx=x3 —f(x), Vxe(1;+oo); biét f(%/g): 3e. Gid tri f(2) thudc khoang
nao dudi day?
A. [12 éj [13 2] [_ 12 D. [14 ﬁj

2 2 2

(Chuyén Nguyén Du-PikLik 2019) Cho ham sb f (x c6 dao ham trén R thoa méan

32 2x ‘
3f(x)e” T o= =0 véi VxeR. Bidt f =1, tinh tich phan | x.f
(s 2 ) [xr0)a
all B 5. ¢ 8. 0.2
2 4 8 2

(SP Pong Nai - 2019) Cho ham s yzf(x) lién tyc va khong am trén R théa man
S(%)f"(x)=2xf*(x)+1 va £(0)=0. Goi M,m lan luot la gi4 tri 16n nhit va gia tri nho

nhét cta ham sd yzf(x) trén doan [1;3]. Biét réng gia tri cua biéu thitc P=2M —m co dang
a\/ﬁ—bx/g+c,(a,b,ceZ).Tinh a+b+c

A. a+b+c=T. B. a+b+c=4. C.a+b+c=6. D. a+b+c=5.

Cho ham sb yzf(x) lién tuc trén R\{—I;O} thoa man f(l)=2ln2+1,
x(x+1) /" (x)+(x+2) f(x) =x(x+1), Vx e R\{-1;0}. Biét f(2)=a+bIn3, véi a,b 1a hai s6
hitu ti. Tinh T =4’ -b.

AT=2 B.T=>. C. T=0. D.T=—>
16 2 16

Cho ham sb y =f(x) lién tuc trén (0;+00) thoa man 3x.f(x)—x2.f'(x) =217 (x), véi
f(x) #0,Vx e (0;+oo) va f(l) =§. Goi M, m lan luot 1a gia tri lon nhét, gia tri nhd nhét cua

ham s y=f(x) trén doan [1;2]. Tinh M + m.

A.g. B.g. C.

10 10

W | W
©
SRS

Dang 2. Mét s bai toan khac lién quan dén nguyén ham

(Chuyén Thai Nguyén 2019) Cho F (x) 1a mot nguyén ham cua ham s6 f (x) =e" (x3 - 4x).
Ham sb F (x2 + x) ¢ bao nhiéu diém cuc tri?
A. 6. B.5. C. 3. D. 4.

(l +cos’ x)(sinx+cotx) )
I dx va S latong

(THCS - THPT Nguyén Khuyén 2019) Cho F(x)= -
sin X

tat ca cac nghiém ctia phuwong trinh F (%) trén khoang 0 47[) Téng S thudc khoang

A. (67[;97[). B. (27[;47[) 47[ 67[) D. (0;27[).
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Cau 3.

Cau 6.

Cau 7.

TAI LIEU ON THI THPTQG 2021
(Chuyén Quéc Hoc Hué 2019) Cho ham s F(x) la mot nguyén ham ciia ham sé

f(x) :2c:(?s—2)c—1 trén khoang (0;7[). Biét rang gia tri 16n nhit cta F(x) trén khoang (0;7[) la
sin” x

\/§ . Chon ménh dé dang trong cac ménh dé sau.
F[£j=3\/§—4 B. F(z”j 3 C.F(fj}\/? D. F( j 3-43
6 3 2 3 6
Biét F(x) la nguyén ham cua ham s6 f'(x)= w. Hoi do thi cia ham s6 y = F(x) c6
x
bao nhiéu diém cuec trj trén khoang (0; 47[) ?
A. 2. B. 1. C. 3. D. 0.

(Chuyén - Vinh Phiic - 2019) Biét F(x) la nguyén ham ciia ham s6 f(x)= m . Hoi @
x’

thi cia ham s§ y=F (x) c6 bao nhiéu diém cuc tri?
A. L. B. 2. C. vo sb diém. D. 0.
(Chuyén L& Quy Dén — Di¢n Bién 2019) Cho ham s6 y=/(x). DS thi cia ham sb

y=f '(x)trén [—5;3] nhu hinh v& (phin cong cia d6 thi 1a mot phan cua parabol

y=ax’ +bhx+c).

[ i)
Biét f(0)=0, gia tri ciia 2/ (=5)+3/(2) b3
A.33, B. 1% D. 11,
3
Cho ham s6 y = f(x) c6 dao ham lién tyc trén (0;+o0) théa méin f'(x)+@=4x2 +3x va

£ (1)=2. Phuong trinh tiép tuyén ctia d6 thi ham s6 y = f(x) tai diém c6 hoanh d¢ x =2 la
A. y=—-16x-20. B. y=16x-20. C. y=16x+20. D. y=-16x+20.
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Chuyén dé 25 NGUYEN HAM

TAI LIEU DANH CHO POI TUQNG HQC SINH TRUNG BiNH

Dang. Nguyén ham co ba

Bing nguyén ham ciia mét s6 ham thwong gdp (véi C la hang sé tiy y)

® [0dz=cC. —— [kdz=kz +C.
®fx”dz:7fn:1+0. . f(ax%—b)”dx:%%%—a
@fidlen‘xH—C. famibdxziln‘ax+b‘+0.
e

© fsinxdx =—cosz+C — fsin(aa: +b)dz = —lcos(ax +b)+C.
a

@ fcosxdx = iz — fcos(ax +b)dz = lsin(am +b)+C.
a

1 dz 1
(@) dz = —cotz + C. = ——cot(az +b) + C.
fsin2$ fsin2(aa:+b) a ( )
f L dz = tanz + C. f dz :ltan(a$+b)+0.
cos’ x cos’(az +b) a
©f€ dx:e +C feazﬁ»bdm:leazﬂ) +C
a
a az+0
®fa'”dx: ) —>fa””ﬂdx:la +C.
Ina a Ina

. . . 1
¢ Nhdn xét. Khi thay x bang (ax + b) thi khi ldy nguyén ham nhan két qud thém — -
a

Mot 56 nguyén tic tinh co ban

Tich cia da thire hodc lity thira —L2—s khai trién.

’ , \ ~ PP . A A , ~
Tich cac ham mii ———— khai trién theo cong thirc mii.

. ¢, . . 1 1 1 1
Bdc chén cua sin va cosin = Ha bdc: sin® a = 5 — 5008 2a, cos’a = 5 + ECOS 2a.

’, , , « ’ ” PP A A~ \
Chira tich cac can thirc cua ¥ ———— chuyén vé liiy thira.

Caul. (P& Tham Khio 2020 Lan 2) Ham s6 F(x) 1a mot nguyén ham ciia ham s6 f(x) trén khoang

K néu

A. F'(x)=—f(x),Vxe K. B. f'(x)=F(x),VxeK.

C. F'(x)=f(x),VxeKk. D. f'(x)=-F(x),Vxe K.
Loi giai

Chon C

Theo dinh nghia thi ham s6 F(x) 1a mdt nguyén ham cua ham sd f(x) trén khoang K
néu F'(x) = f(x),vxeK.
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Cau2. (Mi101-2020Lan1) j x’dx bang
A. 2x+C. B. %x3+C. C. x’+C. D.3x’+C

Loi gidi
Chon B.
Cau3.  (Mai 102 - 2020 Lan 1) Ho nguyén ham ctia ham s f(x)=x" la
A. 4x*+C. B. 3x*+C. C.x*+C. D. —x'+C.
Loi gidi
Chon D

4

Ta co Idex=%+C.

Caud.  (Mi 103 -2020 Lin 1) j x*dx bing
A. %x5+C B. 4x’ +C C.x+C D. 5x’ +C
Loi gii
Chen A
Ix“dx = %xs +C.
CAus5. (M 104-2020 Lin 1) j x’dx bing

A. 5x'+C. B.éx6+C. C. x*+C. D. 6x°+C.

Loi giai
Chon B

Cau 6. (Mai101- 2020 Lan 2) j 5x*dx bang
1
A. §x5+C. B. x’+C. C.5x +C. D. 20x° +C.

Loi gidi
Chon B
Ta co I5x4dx =x+C.

Cau7. (Mi102-2020 Lan 2) j6x5dx bang

A. 6x°+C. B. x*+C. C. éx6+C. D. 30x* +C.
Loi gii
Chon B
Tacé: [6x*dx=x"+C.
. 3xfdx .
Cau8. (M 103 - 2020 Lin 2) [3x bing
1
A3 +C. B. 6x+C. C. §x3+C. D. x’+C.
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

TAI LIEU ON THI THPTQG 2021

Loi gii
Chon D
Ta co: I3x2dx=3.x?3+C:x3 +C
(M3 104 - 2020 Lan 2) j 4x*dx bang
A. 4x* +C. B.%x4+C. C.12x° +C. D. x*+C.
Loi giai

Chon D
Ta co j4x3dx -x*+C.

(M3 103 2018) Nguyén ham cia ham s6 f'(x)=x"+x" 1a
A. %x5+§x3+c B. x*+x*+C C. X +x’ +C. D. 4x*+2x+C
Loi giai
Chon A
1 1
xX)dx=|(x*+x*)dx==x"+=x’+C.
[ £ ()dx= (x40 ) =242

(M3 104 - 2019) Ho tit cd nguyén ham cia ham s6 f(x)=2x+4 la

A. x*+C. B. 2x* +C. C.2x* +4x+C. D. x> +4x+C.
Loi gii

Chon D

Ta co If(x)dx:I(2x+4)dx=x2 +4x+C.

(M3 102 - 2019) Ho tt cd cac nguyén ham ciia ham sé f(x)=2x+6 1a

A X*+C. B. X’ +6x+C. C.2x*+C. D. 2x* +6x+C.
Loi giai

Chon B

J.(2x+6)dx=x2+6x+C

(P& Minh Hoa 2020 Lan 1) Ho nguyén ham ctia ham s6 £ (x)=cosx+6x 1a

A. sinx+3x* +C. B. —sinx+3x*+C. C.sinx+6x*+C. D. —sinx+C.
Loi giai
Chon A

Taco J.f(x)dx:J.(cosx+6x)dx:sinx+3x2 +C.

(M3 105 2017) Tim nguyén ham ctia ham s6 f(x)=2sinx.

A. IZsinxdx=—2cosx+C B. J.Zsinxdx=2cosx+C

C. IZsinxdxzsin2x+C D. IZSinxdxzsian-l—C
Loi giai

Chon A

(M3 101 2018) Nguyén ham ciia ham s6 f(x)=x’+x la
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A. %x4+%x2+c B. 3x*+1+C C. x*+x+C D. x*+x*+C

Loi giai
Chon A
j(x3 +x2)dx =lx4 +lx2 +C.
4 2

Cau 16. (Ma 103 - 2019) Ho tat ca cdc nguyén ham ctia ham s6 f'(x)=2x+3 la
A. x> +3x+C. B. 2x* +3x+C. C.x*+C. D. 2x* +C.
Loi giai
Chon A
Taco [(2x+3)dr=x"+3x+C.

Céau 17. (P& Minh Hoa 2017) Tim nguyén ham ctia ham s f(x) =+/2x-1.

A. If(x)dx=§(2x—l)\/2x—l+C. B. J‘f(x)dx=%(2x—1)\/2x—l+C.
C. J.f(x)dx=—%\/2x—l+C. D. If(x)dxz%\IZx—l+C.
Loi gii
Chon B
If(x)dx=jx/2x—1dx=%j(2x—1);d(2x—1)
=%(2x—1)\/2x—1+C
Ciu 18. (P& Tham Khio 2017) Tim nguyén ham cta ham s6 f(x) =x +%.
X
A a-lic B a=X 2
. If(X) —?'f‘;"r‘ . . jf(X) —?—;"r‘ .
o1 X 2
C. jf(x)dx:?—;+C. D. If(x)dx=?+;+C.
Loi gii
Chon A
3
Ta co I[x2+%de=x——g+C.
X 3 x
Cau 19. (M 110 2017) Tim nguyén ham cta ham s6 f(x)z5 ! 5
Y
A. jsdx2=§1n|5x—2|+C B. jsdx2=1n|5x—2|+c
x-— x—
C. jsdx2=—%1n|5x—2|+c D. jsdx2=51n|5x—2|+c
x-— x—
Loi gidi
Chon A

Ap dung cong thirc Iaxd-tb =%ln|ax+b|+C (a#0) taduoc Isj)_cz =%ln|5x—2|+C.
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

TAI LIEU ON THI THPTQG 2021

(M2123 2017) Tim nguyén ham ctia ham s6 £ (x) = cos 3x

A. jcos 3xdx =3sin3x+C B. Jcos 3xdx =21 3x +C
C. Icos 3xdx =sin3x+C D. J.cos 3xdx =20 3x +C
Loi giai
Chon B
Ta co: jcos 3xdyx = 20 3x +C
(M3 104 2018) Nguyén ham cia ham s6 f'(x)=x"+x" 1a
A. %x4+§x3+C B. 3x*+2x+C C.x’+x*+C D. x*+x’+C
Loi gidi
Chon A
(P& Tham Khiao 2019) Ho nguyén ham ctia ham s6 f(x) =e'+xla
A. e +1+C B. e +x’+C C. ex+lx2+C D. ! e +=x"+C
2 x+1
Loi giai
Chon C
(M3 101 - 2019) Ho tit ca cac nguyén ham ctia ham sd f(x)=2x+5 la
A. X’ +C. B. X’ +5x+C. C. 2x* +5x+C. D. 2x’ +C.
Loi giai
Chon B
Ho tit ca cac nguyén ham ciia ham sd f(x)=2x+5 1a F(x)=x*+5x+C.
(M3 104 2017) Tim nguyén ham ctia ham s f(x)=7".
7)(
A [Tde="—+C B [T'dr=7""+C
In7
7x+1
C. [T'dr=——+C D.[7dr=7"I7+C
x+1
Loi giai
Chon A
Ap dung cong thirc J-ax dx = la +C ,(0 <a# 1) ta dugc dap an B
na
(M3 102 2018) Nguyén ham ciia ham s6 f(x)=x"+x la
1 1
A. 4x +1+C B. X’ +x°+C C. gx5+§x2+C D. x'+x+C

Loi giai
Chon C

Ta cod I(x4 +x)dx=%x5 +%x2 +C.

(Pé Tham Khao 2018) Ho nguyén ham cta ham sé f(x)=3x"+1 la

Facebook N guyén Vuong<® https://www.facebook.com/phong.baovuongTrang 5




NGUYEN BAO VUONG - 0946798489

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

3
A. X +C B.x?+x+C C.6x+C D. x*+x+C

Loi giai
Chon D
J.(?ax2 +1)dx=x3 +x+C.

(THPT An Lio Hai Phong 2019) Tim nguyén ham | x(x>+7) dx?
g guy

A. %( 2+7)16+C B. _é(xz+7)l6+c C. %(x2+7)16+c D. %(x2+7)16+c

Loi gii
Chon D

) 15 _ 1 ) 15 ) _ 1 ) 16
Ix(x +7) dX_EJ.(x +7) d(x +7)—§(x +7) +C
(THPT Ba Pinh -2019) Ho nguyén ham ctia haim s6 f(x) = ¢** 1a ham s nao sau day?

A. 3e"+C. B.%e3X+C. C.%e”ﬁtC. D. 3¢ +C.
Loi giai
Ta co: j edx = %e“ +C, v6i C 1a hing s bat ki.

(THPT Cam Giang 2 2019) Tinhj(x —sin 2x)d.x .

2 2

Loi giai
2
2
Ta co j(x—Sinz)C)d)C:J‘de—J‘Sinzxdx :x_+cos x+C,
2 2

(THPT Hoang Hoa Tham Hung Yén 2019) Nguyén ham ciia ham s6 y=e™' 1a
A. 2e"" 4+ C. B. e ' +C. C. %ez"' +C. D. %ex+C.
Loi giai

Ta co: Iez’”'ldx = %Iez"'ld(Zx—l) :%ez"‘1 +C.

. 1
(THPT Hung Vwong Binh Phuéc 2019) Tim ho nguyén ham cta ham s6 f (x) = 713
X+
A. Inf2x+3+C. B. %1n|2x+3|+C. C. iln|2x+3|+c. D. %lg(2x+3)+C.
n

(THPT Hung Vuong Binh Phuwéc 2019) Tim ho nguyén ham ciia ham sé y = x* —3* + 1 .
x

3 X 3
AX 3 1ccer. B. X -3 +L4C CeR.
3 In3 «x 3 X
)(,‘3 x x3 3x
C.———+h|x+C, CeR. D. ——-——In[x|+C, CeR.
3 In3 3 In3
Loi giai
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3 x
Ta co: J‘(x2 -3 +ljdx:x——3—+ln|x|+C,Ce]R.
X 3 In3

Cau33. (THPT Hung Vwoeng Binh Phuéc 2019) Tim ho nguyén ham ctia ham s6 f'(x)=sin3x
A. —3cos3x+C. B. 3cos3x+C. C. %cos?ax +C. D. —%cos3x +C.

Loi giai

cos3x

fsinSxdx:— +C

Ciu 34. (Chuyén KHTN 2019) Ho nguyén ham ciia ham s§ f (x)=3x" +sinx 1a
A. x’+cosx+C. B. 6x+cosx+C. C. x’—cosx+C. D. 6x—cosx+C.
Loi giai
Ta co I(3x2 +sinx)dx =x’—cosx+C.

Ciu 35. (Chuyén Bic Ninh -2019) Cong thiic ndo sau day la sai?
1

A.Ilnxdx:l+C. B.I —dx=tanx+C.
X cos” x
C. Isinxdxz—cosx+C. D. Iexdxze’“+C.
Loi giai

Ta co: Ilnxdx=l+C sai.
X

Cu 36. (Chuyén Bic Ninh 2019) Néu [ f(x)dx=4x’+x* +C thiham s f (x) bing

3
A. f(x)=x4+x?+Cx. B. f(x)=12x2+2x+C.

C. f(x)=12x2+2x. D. f(x)=x"+=.
Loi giai
Co f(x)=(4x3+x2+C),=12x2+2x.

Ciu 37. (THPT Lwong Thé Vinh Ha Ni 2019) Trong cac khang dinh sau, khing dinh nao sai?

e+l

A. J.cos2xdx=lsin2x+C. B. Ixedxz X +C.
2 e+1
1 N ex+1
C. [—dv=In]{+C. D. [e'dv=—"=+C.
X x+1
Loi giai
x+1
Tacé:jexdx= ¢ +C sai vi Ie’“dxze’“+C.
x+1

Ciu 38. (THPT Lwong Thé Vinh Ha Ngi 2019) Nguyén ham cia ham s y =2" 1a

+C. D. I2"dx: 2
x+1

+C.

A [2'dr=In22°+C. B. [2’dx=2"+C. C szdleiz

Loi giai
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+C.

Do theo bang nguyén ham: Iaxdx =2
Ina

Cau39. (Lién Truwong Thpt Tp Vinh Nghé¢ An 2019) Tim ho nguyén ham cuoa ham s6
f(x)=3x—sinx.

2
A. [ f(x)dx=3x+cosx+C. B. J.f(X)dX:%—COSX-FC.
2
C. J'f(x)dx:%+cosx+C. D. [ f(x)dx=3+cosx+C.
Loi gidi

2
Taco jf(x)dx=j(3x—sinx)dx=%+cosx+€.

Ciu 40. (S& Binh Phuéce 2019) Ho nguyén ham ciia ham s6 f(x) = x+sinx la
2 2
A. x* +cosx+C B. x> —cosx+C C. % —cos x+C D. x? +cos x+C
Loi giai
Chon C
Theo bang nguyén ham co ban
Ciu 41. (THPT Minh Khai Ha Tinh 2019) Ho nguyén ham ciia ham s& f(x) = cosx la:
A. cosx+C. B. —cosx+C. C. —sinx+C. D. sinx+C.
Loi giai
Taco Icosxdx =sinx+C.

Ciu 42. (THPT Doan Thugng - Hai Dwong - 2019) Ho cc nguyén ham cia ham s6 f(x)=x*+x" 1a
A. 4 +2x+C. B. x*+x*+C. C. %x%%ch. D. X’ +x’ +C.
Loi giai.
1 1
Taco x)dr=|(x*+x" Jdx=—x"+=x"+C.
[£(x)dr=[(x +x")dr= a4
Cau43. (THPT Cu Huy C4n 2019) Ho nguyén ham ctia ham s f(x)=¢" —2x 1a.

A e +x°+C. B.e"—x*+C. C. Lle’“—x2+C. D. e -2+C.
x+

Loi giai
Ta co: I(ex —2x)dx =e'—x"+C
Ciu 44. (Chuyén Hung Vwong Gia Lai 2019) Ho cic nguyén ham ciia ham s6 y =cosx+x 1a
A. sinx+%x2+C. B. sinx+x’+C. C. —sinx+lx2+C. D. —sinx+x*+C.
Loi giai

J-(costr)c)d)c=sinx+%x2 +C.

. 1
Ciu 45. (Chuyén Lé Quy Pon Pién Bién 2019) Ho nguyén ham cta ham s y = x> -3x+—1a
X
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Cau 47.

Cau 48.

Cau 49.
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3 3 2
A. x——3i—ln|x|+C. B. x——3i+lnx+C.

3 2 3 2

3 2 3 2
C. x——3i+ln|x|+C. D. x——3i+i2+c.

3 2 3 2 x

Loi giai

Ta co:

3
X 3x?

[e —3x+—)dx—?—7+ln|x|+C.

(Chuyen Phan Bji Chau Nghé An 2019) Ho nguyén ham ciia ham s6 f(x) = 1 sinx 13
X

A. Inx—-cosx+C. B. —iz—cosx+C. C. 1n|x|+c0sx+C. D. 1n|x|—cosx+C.
X

Loi giai

1 1
Ta cod x)dx=|| —+sinx |dx=|—dx+ | sinxdx =In|x|—cosx+C.
Jriac=[2 ) Jrar] g
(THPT Yén Phong 1 Bic Ninh 2019) Ham s6 F (x)= %x3 12 mot nguyén ham cia ham sé nao

sau ddy trén (—o0;+00)?

A. f(x)=3x". B. f(x)=x. C. f(x)=x. D. f(x)=—x".
Loi gidi

Goi F(x)= %x3 1a mot nguyén ham ciia ham s f ().

Suyra F'(x)=f(x)= f(x)=

(THPT Yén Phong 1 Bic Ninh 2019) Tim ho nguyén ham cta ham s6 f (x)=

2x
A. =2" . B. dx = C.
[f(x)dx=27+C. B jf(x) =+
. 2x+1
C. [f(x)dx=2"In2+C. D. jf(x)dx=x+l+c_
Loi giai
Ta co: J.f(x)dx=.|.2"dx=h212+C.
(THPT - Yén Pinh Thanh Héa 2019) Tim nguyén ham cta ham s6 f ( ) x* jz
X
x 1 X 2
A. dx=—-—+C. B. dx=—+—+C.
J'f(x) 3ot If(x) 3ot
X o1 X2
C. J.f(x)dx=?+;+c. J'f Z?_;+C
Loi giai

Tac():J. J.x +2 I( +_jdx:x?3_%+c‘
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Cau 50. (S& Ha Noi 2019) Ham sd nao trong cac ham sb sau dy 1a mot nguyén ham cta ham s6 y = ¢*?
A.yzl. B. y=e¢". C.y=e". D. y=Inx.
X
Loi giai

Ta co: (ex) =e'= y=e" la mot nguyén ham ctia ham s6 y =e".
Cau 51. (Chuyén Lwong Thé Vinh Péng Nai 2019) Tinh F(x)= j e’dx , trong d6 e 1a hang sb va

e~2,718.
2.2 3

A F(x)=22+c. B.F(x):%+C. C. F(x)=¢x+C. D. F(x)=2ex+C.

Loi giai
Ta co: F(x) :Iezdx:ezx+C.

Ciu52. (Chuyén Lé Quy Pén Quing Tri 2019) Tim nguyén ham cta ham s6 f (x)z1 L trén

=)

—00;— |.

2

A. %ln|2x—l|+C. B. %ln(1—2x)+C. C. —%ln|2x—l|+C. D. In]2x-1|+C.
Loi giai

N 1 . IR R T
Trén khoang (_OO’E)’ ta co: jf(x)dx _-[de __5-[

1-2x

d(l—2x)=—%ln|2x—l|+C.

Ciu 53. (Chuyén Hung Yén 2019) Nguyén ham ctia ham s6 f(x)=2"+x la

2° x 2° oox
+—+C. B. 2" +x>+C. C. ]n2+x2+C. D. 2 +7+C.

Loi giai

X

Ta cd J.(2x+x)dx= 11212+5x2+C.

Ciu 54. (Chuyén Sen La 2019) Ho nguyén ham cua ham s6 f (x)=1+sinx
A. l+cosx+C. B. 1-cosx+C. C. x+cosx+C. D. x—cosx+C.
Loi giai

Ta co If(x)dxzI(l+sinx)dx=x—cosx+C.

Cau55. (THPT Déng Son Thanh Héa 2019) Nguyén ham ciia ham sé f(x) = %f —2x% +x-2019 la

2 2
A. Lx4 —zx3 +x—+C. B. l)c“—%)c3+x——2019x+C.
127 30 2 9" 37 2
2 2
C Ly 200X a019x4C. D. Ly i 2y o X o019x4c.
127 3 2 9" 37 2
Loi giai
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Cau 56.

Cau 57.

Cau 58.

Cau 59.

TAI LIEU ON THI THPTQG 2021

n+l

St dung cong thure _[x”dx— Y iCta duogc:
+
3 2
j L o 1522019 |@x =2, x——z.x—+x——2019x+czix4—3x3+1x2—2019x+c.
3 374 T3 2 127 3 2

. 1
(THPT Yén Khanh - Ninh Binh - 2019) Ho nguyén ham cua ham so f(x) = 3 trén khoang

(—oo;lj la:
3

A. %ln(3x—1)+C B. In(1-3x)+C C. %ln(l—3x)+C D. In3x-1)+C

Loi giai
d@3x-1) _1

Ta co: J.—d 3J. 31

1 3x 1|+C=§ln(l—3x)+C (doxe(—oo;%j)

(Chuyén Lé Hong Phong Nam Pinh 2019) Trong cac khang dinh sau, khang dinh nao sai?

2x

A. [2'dx=2"In2+C. B. [erdr="+cC.
2
1.
C. Icos2xdx:55m2x+C. D. I—dx 1n|x+1|+C Vx #— 1)
Loi giai
Chen A
Ta co: _[2 dx = 2 +C.
In2
(Chuyén Lé Hong Phong Nam Pinh 2019) Cho ham s6 f(x)= 25" +3 . Khang dinh nao sau
day 1a dung?
2x° 3 2x° 3
A. X)dx=——"+—+C. B. X)dx=————+C.
[1ede==+— B. [ f(x)dx="-==
2 3
C. jf(x)dx=i+§+c. D. jf(x)dx=2x3—§+c.
3 x X
Loi gii
Chon B
2x +3 3 2x° 3
Taco | f(x)dx = =|| 2x* += |dx="—-=+C
frone= [P 20+ =22

(Sé Thanh Héa 2019) Cho ham sé f'(x)=2" +x+1. Tim If (x)dx

_nX 2 _ 1 by 1 2

A. If(x)dx—z +x+x+C. B. Jf(x)dx——lnzz o +x+C
ox l 5 1 1

C. If(x)dx-2 +2x +x+C D. If(x)dx-—x+l2 +2x +x+C

Loi giai
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1 1

X X 2

Ta cé: _[ 27+ x+1)dx=—-2"+—x"+x+C.

( ) In2 2

Ciu 60. (Lién Truwong Thpt Tp Vinh Nghé¢ An 2019) Tim ho nguyén ham cuoa ham s6
f(x)=3x—sinx.

2
A. [ f(x)dx=3x"+cosx+C. B. jf(x)dx:%—cosx+C.
2
C. jf(x)dx=%+cosx+C. D. [ f(x)dx=3+cosx+C.
Loi gidi
Chon C

2
Taco ff(x)dx=f(3x—sinx)dx=3%+cosx+C.

Ciu 61. (Chuyén Bic Giang 2019) Ham s6 F (x) =e" 2 nguyén ham ciia ham sd nio trong cac ham sb

sau:
A. f(x)=2xe" . B. f(x)=x%" -1. C. f(x)=¢". D. f(x)= ; .
X
Loi giai
Chon A
Taco f(x)=F'(x) = f(x) =(ex2) =2xe" .
Ciu 62. (Chuyén Pai Hoc Vinh 2019) Tét ca cic nguyén ham cia ham sé f(x)=3"" 1a
3—)( 3—,‘(
A. — +C B. -37+C C.3"In3+C D. +C
In3 In3
Loi gii
Chon A
3—x

Ta co X)dx=|3"dx=—|3"d(—x)=— +C.

[feode=] [3rdn=—

Ciu 63. (S& Phi The 2019) Ho nguyén ham cta ham s6 f(x)=x"+x* 1a
o8 ) \ , 8
A, —+—+C. B. x"+x’+C. C.3x" +2x+C. D. —+—+C
4 3 3 4
Loi gii

Chon A

jf(x)a’xzj(x3 +x2)dx=x744+x?3+C.

Ciu 64. (Chuyén PHSP Ha Noi 2019) Ham s nio trong cac ham s6 sau day khong 13 nguyén ham cia

ham s6 y=x""?

2020 2020 2020
A 41, B. . C.y=2019x"%  p. X 1.
2020 2020 2020

Loi gidi
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2020
X

2020

Ta co: szOIde = +C, Clahang s6. Nén cac phuong an A, B, D déu la nguyén ham cia

B A 2019
ham s6 y=x"".

. . . 1
Ciu 65. (Chuyén Quoc Hoc Hué 2019) Tim ho nguyén ham ctia ham s6 y = x> —3" +—.

X
3 X 3 X
LA 3 —ln|x|+C,CeR E.x—— 3 +1n|x|+C,CeR
3 In3 3 In3
3 3 X
e 3.l ccer p.~ > L.ccer
3 X 3 In3 x
Loi giai
, P | X 3
Taco:j x =3 +— dx=———+ln|x|+C,CeR.
X 3 In3
A N ‘ e a2 . 2018¢™
Cau 66. (Quang Ninh 2019) Tim nguyén ham cua ham s6 f(x)=e"| 2017 - ——— |.
X
201 201
A. [ f(x)dr=2017¢" - I8, ¢. B. [/ (x)dr=2017¢"+ 18, c.
X X
4 . 504
C. jf(x)dx=2017eX+50+5+c. D. J.f(x)dx=2017e*—&4’5+C.
X X
Loi giai
2018¢™* 2018 504,5
x)dx = [e| 2017 =[] 2017¢* - =2017¢" +—=+C
JCops = Jor2017- 2008 - o 2008 .
Ciu 67. (HSG Bic Ninh 2019) Ho nguyén ham cta ham s6 yzex(2+ 62 jla
COS X
A. 2¢" +tanx+C B. 2¢" —tanx+C C. 2¢" - +C D. 2¢" + +C
COS X COSX
Loi gii

cos’ x

Tacé:y=e’“{2+ - j:ze’wr
COS X

Iydxzjl 2e" + ! dx=2e¢" +tanx+C.
cos’ x

Ciu 68. (Chuyén Ha Long 2019) Tim nguyén F(x) ciahamsé f(x)=(x+1)(x+2)(x+3)?

4

11
A. F(x)z%—6x3+?x2—6x+C. B. F(x)=x*+6x>+11x> +6x+C.
x* , 11,
C. F(x)=7+2x +Ex +6x+C. D. F(x)=x’+6x"+11x" +6x+C.

Loi giai
. 3 2 3 2 x* ; 11,
Taco: f(x)=x"+6x +11x+6:>F(x)=j(x +6x +11x+6)dx=7+2x t X +6x+C.

Cau 69. (S& Bic Ninh 2019) ho nguyén ham ctia ham sb f(x) = 5 ! J la:
X+
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A. %ln(5x+4)+C. B. In|5x+4[+C. C. %ln|5x+4|+C. D. %ln|5x+4|+C.
n
Loi giai
Taco | ! dx:lj 1 d(5x+4)=11n|5x+4|+c.
Sx+4 575x+4 5
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Chuyén dé 25 NGUYEN HAM

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA MUC 7-8 PIEM

Bing nguyén ham ciia mét s6 ham thwong gdp (véi C la hang sé tiy y)

® [0dz=cC. —— [kdz=kz +C.
®fx”dz:7fn:1+0. . f(ax%—b)”dx:%%%—a
@fidlen‘xH—C. famibdxziln‘ax+b‘+0.
e

© fsinxdx =—cosz+C — fsin(aa: +b)dz = —lcos(ax +b)+C.
a

@ fcosxdx = iz — fcos(ax +b)dz = lsin(am +b)+C.
a

1 dz 1

&) dz = —cotz 4+ C. = ——cot(az +b) + C.
f sin’ x f sin®(azx + b) a ( )
f L dz = tanz + C. f dz :ltan(a$+b)+0.
cos’ x cos’(az +b) a
@ fexdx:ef_|_c feazﬁ»bdm:leaerb +C
a
1 aam+/3

4O

® fa'”dx = fa +C. —_— fa””‘ﬁdx =

a Ina

1

. . . 1
¢ Nhdn xét. Khi thay x bang (ax + b) thi khi ldy nguyén ham nhan két qud thém — -
a

Mot 56 nguyén tic tinh co ban

Tich cia da thire hodc lity thira —L2—s khai trién.

’ , \ ~ PP . A A , ~
Tich cac ham mii ———— khai trién theo cong thirc mii.

A c ” o \ o a . 2 1 1 2 1 1
Bdc chan cua sin va cosin = Ha bdc: sin” a = — — —cos2a, cos” a = — + —cos 2a.
2 2 2 2
, , , 9 , ” PP A A 7~ \
o Chura tich cac can thirc cua © ———— chuyén vé liiy thura.

Caul. (P& Tham Khio 2018) Cho ham s6 f(x) xac dinh trén R\{%} thoa min

f'(x)=%,f(o)= 1, f(1)=2. Gia tri cua biéu thic f(—1)+ f(3) bang
x_
A. 2+In15 B.3+In15 C. Inl5 D. 4+1In15

Loi giai
Chon C

2
jzx_ldx=1n|2x—l|+C=f(x)
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Véi x<%,f(0)=l:>C=1 nén f(-1)=1+In3
Véi x>%,f(1)=2:>C=2 nén f(3)=2+In5
Nén f(—1)+f(3):3+1n15
Cau2. (S& Pha Tho 2019) Cho F(x) la mot nguyén ham cua f(x) =L1 trén khoang (1;+o) thoa
X—
man F(e+1)=4Tim F(x).
A. 2In(x-1)+2 B. In(x—1)+3 C. 4In(x—1) D. In(x-1)-3
Loigiai
Chon B
F(x)= =dex+C=1n|x—1|+c
x—1

F(e+1)=4.Taco 1+4C=4=C=3

Cau3. (THPT Minh Khai Ha Tinh 2019) Cho F(x) la mot nguyén ham cia ham sé f(x)= %,
x—
biét F(1)=2. Gia tri ciia F(0) bang
A. 2+In2. B. In2. C. 2+In(-2). D. In(-2).
Loigiai
Cach 1:

1
Ta co: = = - .
aco: [ f(x)dx J.de Injx-2[+C, CeR
Gia st F(x)=ln|x—2|+C0 1a mot nguyén ham cua ham sb da cho théamﬁnF(l)=2.
Do F(1)=2=C,=2= F(x)=In|x-2+2.Vay F(0)=2+In2.

Ciu4. (KTNL GV Thuin Thanh 2 Bic Ninh 2019) Cho F (x) la mdt nguyén ham cta ham

1 iy _ .
f(x)— - ; bict F(O)—2. Tinh F(l).

A.F(l):%ln3—2. B. F(l)=m3+2. C. F(l)=2m3-2. D.F(l):%ln3+2.

Loi giai
Chon D

Taco F(z) = ﬁdx:%m\zxﬂhc
i
Do F(O):2:>%ln‘2.0+1‘+022:>022

Vay F(z) = %ln‘% +1[+2=F(1) = %ln?)—l—?.
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Ciu5.  (Chuyén DPHSP Ha Ngi 2019) Ham s6 F(x) 1a mot nguyén ham ctia ham s6 y:l trén (—o0;0)
X

thoa mén F(-2)=0. Khang dinh nao sau day dung?

A. F(x)=In ( j v e(=e:0)

B. F(x) = n|x|+C Vx e(—oo 0) voi C 1la mot $6 thuc bat ki.
C. F(x)=1n|x|+ln2 ‘v’xe(—oo 0)

D. F(x) ( )+C ‘v’xe(—oo 0) voi ¢ 1a mot s6 thuc bat ki.

Loi gidi

Tacd F(x I dx= 1n|x|+C—ln( x)+C véi Vx €(—0;0).

Laico F(-2)=0<=m2+C=0<C=-In2. Do d6 F(x):ln(—x)—ln2:ln(_7xj.

Vay F(x)- ln( 2] a—
Céu6. (THPT Minh Khai Ha Tinh 2019) Cho ham s6 f(x) xac dinh trén R\{l} thoa man

f’(x)zi, £(0)=2017, f(2)=2018. Tinh S = £ (3)-f(-1).
A. §=1n4035. B. S=4. C.S=In2. D. S=1.

Loi gidi
Trén khoang (1;+0) taco [ f"(x)dx j—dx In(x=1)+C = f(x)=In(x-1)+C,.
Ma f(2)=2018= C, =2018.
Trén khoang (—o0:1) ta 6 [ f"(x dx_j—dx In(1-x)+C, = f(x)=In(1-x)+C,.
Ma f(0)=2017 = C, =2017.

In(x—1)+2018 khi x>I
Va _ s 3)= f(=1)=1.
&y /(%) {1n(1—x)+2017 i xe<1 DWW /G-

Cau7. (Ma 105 2017) Cho F(x) 1a mot nguyén ham cta ham sé f(x)=e"+2x thoa man F(0) _E

Tim F(x).

A. F(x)ze"+x2+% B. F(x)=e"+x2+g

C. F(x)zex+x2+% D. F(x):26x+x2—%

Loi giai
Chon A
Ta cod F(x)=_[(e"+2x)dx=e"+x2+c

Theo bai ra ta co: F(0)=1+C=%:>C=%.
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Cau 8.

Cau 10.

Cau 11.

(THCS - THPT Nguyén Khuyén 2019) Biét F (x) 1a mot nguyén ham ciia ham s6 f(x)=€"
va F(0)=0.Gi4 trj cia F(In3) bang
A.2. B. 6. C.8. D. 4.

Loi gidi
F(x)zjezxdxzée“+C;F(O)=0:>C=—%:>F(x)z%ezx— !
Khi d6 F(1n3)=lezm3 Loy

2 2

, , 201
(Sé Binh Phuéc 2019) Biét F(x) 1a mot nguyén ham cta ham sé ¢ va F(0) == Gid tr

F(lj la
2
1 1 1
A. —e+200 B. 2¢+100 C. —e+50 D. —e+100
2 2 -2
Loi giai
Chon D

1
Ta co jez"dxz?ez"+C.

\ 201 1
Theo dé ra ta duogc: F(O) :TQE-eO +C

=%<:>C=100.

Vay F(x)=%e2x +100:>F(%)=%e2; +100=%e+100.
(Chuyén Nguyén Trai Hai Dwong 2019) Ham sé f (x) c6 dao ham lién tyc trén R va:
f(x)=2e"+1,Vx, f(0)=2.Ham f(x) la
A. y=2¢e" +2x. B. y=2¢"+2. C.y=e"+x+2. D. y=e"+x+1.
Loi giai
Taco: [ f'(x)dv = [(2¢™ +1)dr =™ +x+C.
Suy ra f(x)=ez"+x+C.
Theo bai ra ta co: f(0)=2 =>1+C=2<C=1.
Vay: f(x)=e2x+x+1.

(Sé Bic Ninh 2019) Cho ham s f(x) =2x+e". Tim mdt nguyén ham F(x) ctia ham s f(x)
thda man F(O) =2019.

A. F(x)=x2+e’“+2018. B. F(x)=x2+e’“—2018.
C. F(x)=x2+ex+2017. D. F(x)=ex—2019.
Loi giai

Taco ff(x)dxzj(2x+ex)dx=x2 +e" +C.
Co F(x) la mot nguyén ham cua f(x) va F(O) =2019.
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Cau 12.

Cau 13.

Cau 14.

TAI LIEU ON THI THPTQG 2021

F(x)=x’+e"+C
Suy ra ( =1+C=2019< C=2018.
Vay F(x)z >t+e"+2018.

Goi F(x) 1a mdt nguyén ham cta ham so f(x)=2", thda man F(0) zi. Tinh gia trj biéu
n

thie 7= F(0)+ F (1)+...+ F (2018)+ F(2019).

2019
A. T=1009. 1 2“ B. T = pioam
n
2019 2020
cr=2_-1 b2l
In2 - n2

Loi giai

Taco [ f(x)dr=[2'dr= 112:2+c

2 CmaF(0)=——
In2 In2

F(x) 1a mdt nguyén ham cta ham s6 f (x)=2",taco F(x)=

X

:>C:0:>F(x):122.
n

T =F(0)+F(1)+..+ F(2018)+ F(2019)
1 22020 _1 92020 4

=L(1+2+22 4. 42708 +22°‘9) S—
In2 In2 2-1 In2

(M3 104 2017) Tim nguyén ham F (x) ctia ham s6 f (x)=sinx+cosx thoa man F(%) =2.

A. F(x)=-cosx+sinx+3 B. F(x)=—cosx+sinx—1

C. F(x)=—-cosx+sinx+1 D. F(x)=cosx—sinx+3
Loi gidi

Chon C

Co F(x)z.[f(x)dxzj(sinx+cosx)dx=—cosx+sinx+C

Do F(%j:—cos%Jrsin%JrC:Z@1+C:2©C:l :F(x)z—cosx+sinx+1.

(M 123 2017) Cho ham s6 f(x) thoaman f'(x)=3-5sinx va f(0)=10. Ménh d¢ nao dudi

day dang?

A. f(x)=3x—5cosx+15 B. f(x)=3x—5cosx+2

C. f(x)=3x+5cosx+5 D. f(x)=3x+5cosx+2
Loi gidi

Chon C

Ta co f(x)=I(3—551nx)dx=3x+5cosx+C
Theo gia thiét f(0)=10 nén 5+C=10=>C=5.
Vay f(x)=3x+5005x+5.
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Cau 15.  (Viét Pirc Ha Ni 2019) Cho ham s f(x) théa man f’(x)=2-Ssinx va £(0)=10. Ménh d&

nao dudi day dang?

A. f(x)=2x+5cosx+3. B. f(x)=2x—5cosx+15.

C. f(x)=2x+5cosx+5. D. f(x)=2x-5cosx+10.
Loi gidi

Taco: f(x .[f I (2-5sinx)dx=2x+5cosx+C.

Ma f(0)=10 nén 5+C=10=>C=5.
Vay f(x)=2x+5cosx+5.

Cau 16. (Lién Trwong Thpt Tp Vinh Nghé An 2019) Biét F (x) la mdt nguyén ham cia ham
T\ 2 V4
x)=cos3x va F'| — |=—.Tinh F| — |.
re)=cosse v r( <5 1[5
A. F(ij\/ggz B. F(fj:@ C. F(fj:\/g+6 D. F(ﬁj:ﬁ

9 9 6 9 6 9 6

Loi giai
sin 3x

F(x)zjcos?»xdx: +C

. T
. Sm-—
F(ﬁjzg:Cﬂ :>F(x)=51n3x+1 :F(£j= 3 +l=\6+6.
2) 3 3 9 3 6

Cau17. (Chuyén Lé Quy Dén Quing Tri 2019) Cho F(x) la modt nguyén ham ciia ham sb

2

f(x)z ! . Biét F(%+k7zj=k véi moi k €Z. Tinh F(O)+F(7Z’)+F(27Z’)+...+F(107Z').
cos” x

A. 55. B. 44. C. 45. D. 0.
Loi giai

Ta co If(x)dxzj. d); =tanx+C.

COS X
tanx+C,, xe| ——; % Fl|Z+or|=1+C,=0=C, =1
272 4
tanx+C,, xe(% 37”) F %+7zj:1+C1=1:C1=0
3r Sx Vs
tanx+C,, xe| —;— F|—+27 |=1+C,=2=C, =1
Suyra F(x)= 272 = 4
tanx+C,, x e (”—”ij F(£+9ﬂ'j:1+C9:9:>C9:8
2 4
tanx+C,,, x (ﬂ j F(£+10ﬂ):1+C10:10:>C10:9.
2 4

2
Vay F(0)+F(z)+F(27)+..+ F(107) = tan0—1+tan 7 + tan 277 +1+...+ tan 1077 +9 = 44,

Trang 6 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021
Cau 18. (Yén Lac 2 - Vinh Phuc - 2020) Goi F(x) 1a mot nguyén ham cta ham sb f(x) =2", thoa min

F(0) -1 Tinn gid tri biu thie T = F(0)+ F (1)+ F(2)+...+ F(2019).

In2
A T:zmo_1 B. T =1009 27" -1 C. T =212 D T=22019_1
= n2 o2 ' In2
Loi giai
Chon A
. 2"
Taco: F(x jz dx=——+C.
In2
ek 1 2° 1 2%
Theo gia thiét F(0)=——<< ——+C=——<C=0.Suyra: F(x)=
In2 In2 In2 In2
20 21 22 220]9
Vay T=F(0)+ F(1)+F(2)+..+F(2019)=—+ —+—+...+
ol () () () ( ) In2 In2 In2 In2
_~2020 2020
_ L (2°+2‘+22+ +22°19) pog =2 2 !

In2

m2 " 1-2 In2

“Néu jf = F(x)+C thi [ f(u(x))a'(x)de=F(u(x))+C".

Gia sir ta can tim ho nguyén ham [ = I f x dx , trong d6 ta c6 thé phan tich

f(x)=g(u(x))u'(x)dx thi ta thirc hién phép doi bién s6 # =u/(x)

= dt =u'(x)dx. Khi d6: I =[g(t)dt=G(t)+C=G(u(x))+C

Chu y: Sau khi ta tim dwoc ho nguyén ham theo t thi ta phai thay 7 =u/(x)
1. Doi bién s6 vdi mot sé6 ham _thwong gap

j Flax+b) xdx —>t=ax+b. j o F () f(x)dx —L2>t =2 F(x).

b b
J.f(lnx)ldxi)tzlnx. . Jf(ex)exdxi)tzex
X

b b
. jf(sinx)cosxdxl)tzsinx. . If(cosx)sinxdxl)t=cosx.

b b
1 . . .
J.f(tanx) —dx PP st=tanx. e _[f(smxicosx).(smxicosx)dx:>t:smxicosx.

COoS X

a

B B
jf(\/az—xz)xz”dxi)xzasint. . If((\/xz+a2)’”)x2"dxi>x=atant.

+ B
f ,a_x dx—2 > x=acos2t. I L —t=vax+b+Jex+d.
aFx *A(ax+b)ex+d)

R[S\I/ax+b,.,sx*/ax+b]dx:>t”=ax+b. . T dr o >x=l'

a(a+bx”)§’/a+bx” t

Ry R &= R

2. Doi bién s6 véi ham dn ‘ ‘ ‘
» Nhin dang twong doi: Dé cho f(x), yéu cau tinh f(# x) hodc dé cho f(# x), yéu cau tinh f(x).
o Phwong phap: Dat t = (+ x).
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o Luu y: Doi bien nho doi can va o trén da su dung tinh chat: “Tich phdn khong phu thudc vao bién so,
b

b b
ma chi phu thudc vao hai cdn”’, nghia la ~[f(u)du = jf(t)dt == jf(x)dx =

Cau 19. (Ma 101 - 2020 Lan 2) Biét F(x)=e"+x’ 1a mot nguyén ham ciia ham s6 f'(x) trén R. Khi
do If(Zx)dx bang

A. 2" +2x* +C. B. %e“+x2+C. C. %62x+2x2+C. D. ¢ +4x* +C.

Loi giai
Chon C

Tacéd: F(x)=e"+x” 1a mot nguyén ham ciia ham sé f(x) trén R

:>If(2x)dx=%If(2x)d2x=%F(2x)+C=%e2” +2x* +C.

Chu20. (Mi 102 - 2020 Lan 2) Biét F(x)=e¢"—2x" 12 mot nguyén ham ctia ham sé f(x) trén R. Khi
d6 [ f(2x)dx bing

A. 2¢" —4x" +C. B. %e“ —4x* +C. C. & -8 +C. D. %ez" -2x*+C.

Loi giai
Chon B
Ta co: F(x) = e —2x" 1a mot nguyén ham cta ham s6 f(x) trén R

Suy ra:
f(x)=F'(x) z(e" —2x2)’ =" —4x= f(2x) =€ —8x

= jf(2x)dx=j(ezx —Sx)dxzéezx —4x* +C.

Chu21. (Mi 103 - 2020 Lan 2) Biét F(x)=¢"—x" la mdt nguyén ham cta ham s6 f(x) trén R. Khi
d6 [ f(2x)dx bing

A. %e“—2x2+C. B. ¢¥ —4x*+C. C. 2¢" -2x* +C. D. %e“—x2+C.

Loi giai
Chon A

Ta c6 jf(2x)dx=%ff(2x)d(2x) =%F(2x)+C =%ez"—2x2+C.
Cau 22. (Mai 104 - 2020 Lén 2) Biét F(x)=e¢"+2x" la mdt nguyén ham ciia ham s6 f(x) trén R. Khi
do j f(2x)dx bang
A. ™ +8x*+C. B. 2¢" +4x° +C. C. %e”+2x2+c. D. %e2x+4x2+c.
Loi giai

Chon D

Datt=2x:>dt=2dx:>dx=%
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Cau 28.

Cau 46.

Cau 23.

TAI LIEU ON THI THPTQG 2021

If(Zx)dxz%J-f(t)dt=%F(t)+C=%[e’+2t2J+C=%ezx+(2x)2+C=%e2x+4x2+C.

[DS12.C3.1.D09.b] (Thi thir Lomdondxop - Ha Ngi lan V 2019) Biét
[ £ (2x)dx=sin®x+Inx+C. Tim nguyén ham [ £ (x)dx?

A. J.f(x)dx=sin2§+lnx+C. B. If(x)dszsin22x+21nx+C.

C. _[f(x)dx:2sin2§+2lnx+C. D. J.f(x)dx:2sin2x+21nx+C.
Loi giai

Chon C

_1oe0S Yy (2x) -2+ C

Ta co: jf(2x)dx=sin2 x+lnx+C<:>%jf(2x)d(2x)
o [f(2x)d(2x)=1-cos2x+2In(2x)-2In2+2C

c>J.f(x)dx=1—cosx+2lnx—2ln2+2C<:>ff(x)dszsin2§+2lnx+C’.

[DS12.C3.1.D09.b] Cho j f(4x)dx = x> +3x+c. Ménh d nao duéi day ding?

2
A. jf(x+2)dx=x7+2x+c. B. [f(x+2)dv=x"+Tx+C.
)C2 x2
Q._J‘f(x+2)dx=7+4x+C. D. If(x+2)dx=7+4x+C.
Loi gidi
Chgn C

Tir gia thiét bai toan [ f(4x) dx=x"+3x+c.

. i 1 tY (¢ £
Dit ¢ = 4x = dt = 4dx tir d6 ta c6 ij(t)dt:(zj +3(Zj+cz>jf(t)dt:Z+3t+c.

(x+2)° x

Xét If(x+2)dx=If(x+2)d(x+2)=T+3(x+2)+c=T+4x+c'

2

Vay ménh dé ding 1a J.f(x+2)dx=x7+4x+C.

[DS12.C3.1.D09.b] Cho jf(x)dx:4x3 +2x+C,. Tinh ]:Ixf(xz)dx.
10 6

A T=2x"+x"+C. B.I=-12 (.
10 6

C.I1=4x"+2x*+C. D.I=12x"+2.
Loi gidi
Chon A

Tact: 1= [or ()= [ (") =(4(=*) +2(*) | e =204 1 C.

(S& Béc Ninh 2019) Tim ho nguyén him ctia ham s6 f (x)=x"e""'.
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X

A [ f(x)dx= 33 e C. B. [ f(x)dx=3¢""+C.

C. jf(x)dxzex3“+C. D. jf(x)dx=§e*“+l+c.
Loi giai

jf(x)dx :J’xzex%AdX =%J.ex3+ld(x3 +1) :%exxﬂ iC.

Ciu 24. (THPT Ha Huy Tp - 2018) Nguyén ham cita f (x)=sin2x.e™ " I

sin? x+1 sin? x—1
A. sin’ xe™ 4+ C. B. — +C. C. SO D. '62 +C.
sin” x+1 sin” x—1
Loi giai
Ta ¢ jsin 2xe™ dx = jeSinzxd (sin2 x) =4 C
Céu 25. Tim tit ca cac ho nguyén ham cta ham sb f(x)= 5 1 <
x +3x
1 1 xt 1 1 x?t
A. J‘f(X)dX:—37+£ln x4+3 +C B. J.f(X)dX:—E—gln x4+3 +C
1 1 x* 1 1 ¢
C. jf(x)dx_—y—%ln ——|*¢ D. jf(x)arx_—l2 o]+ C
Loi giai
Chon A
443) oyt
[ A SN B S Y )
I () (e3) ) e3) 12T (x4
1pdd* 1 dx* 1 1 x*
=15 2 15) a( = el | +C
127 () 127 (x*+3)  12x* 36 (x'+3
3
CAu26. (Chuyén Lé Hong Phong Nam Pinh 2019) Tim ham s F(x) biét F(x)=| jc+1dx va
X
F(0)=1.
A. F(x)=In(x*+1)+1.B. F(x):iln(x4+l)+%.
1
C. F(x)=Zln(x4+l)+1. D. F(x)=4ln(x" +1)+1.
Loi giai
Chon C
, I 1 1
Ta co: F(x)=ZJ.x4+1d(x4+1)=zln(x4+l)+C.

Do F(0)=1 nén iln(O+1)+C=1<:>C:1.

Vay: F(x)z%ln(x4+l)+1.
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) _1 2017 _ b .
Ciu 27. Biét '[Ex—)dx :l(x_lj +C,x#—1v6i a,beN". Ménh dé nao sau day dang?

x+1)2019 a \x+1

A.a=2b. B. b=2a. C. a=2018b. D. 5=2018a.
Loi giai
Ta co:

(X—I)ZO” x—l 2017 2017 _1 1 x—l 2018
e IGa) mrenslla) G)wsla) <
(x+1) x+1 x+l x+1 x+1) 4036 \ x+1

= a=4036,b=2018
Do d6: a=2b.

Ciu28. (Chuyén Quéc Hoc Hué - 2018) Biét rdng F(x) la mot nguyén ham trén R ciia ham sé

f(x) :% théa man £ (1)=0. Tim gid tri nho nhat m cua F(x).

x +1

1 1_22017 1+22017 l
A.m:—E. E.m: 22018 . C.mzw. D.sz.

Loi giai
-2017
Ta c¢o J.f(x)dx=_|.—2017x dx _2017 (x2 Jrl)f2018 d(x2 +1) _ 2017 (x2 +1)
(x* +1)2°‘8 2 2 2017

b iC=F(v)

2(x 1)

Ma‘1F(1)=0:>—21 +C=0=C=

2017 52018
2 2

1
5 (x2 +1)2017 + 2018

Do d6 F(x)=- suy ra

F(x) dat gia tri nho nhat khi va chi khi o 16n nhét < (x” +1) nhé nhite x =0
2(x* +1)

1 1 1_22017
Vay m= _5+ 2018 = 2018

Cau29. Cho F(x) la nguyén ham cua ham s6 f(x)=— va F(0)=-In2e. Tép nghiém S cia

e +1

phuong trinh F(x)+ ln(ex + 1) =2 la:

A. S={3} B. 5={2;3} C. S={-23) D. S ={-3;3}
Loi gii

Chon A.

Taco F(x If Ie 1 J( = +1jdx=x—1n(e"+1)+c

F(O)=—In2+C=—ln2e:C=—l
PT:F(x)+1n(ex+1):2®x—ln(e"+1)—1+1n(e"+1)=2<:>x=3.
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Céu30. (THPT Lé Quy Pén Da Ning 2019) Ho nguyén ham ctia ham s f(x)=x* (x* +1)2°” 1a

N %[( 5 1)2021 i (xz +l)2020 ] . (x2 +1)2021 . (x2 +1)2020 |

2021 2020 2021 2020
. (x2 +1)2021 _(x2 +1)2020 . D l[(xz +1)2021 i (x2 +1)2ozo]+ .
T2021 2020 ' = 2| 2021 2020
Loi giai
Xét J.f( I X +1)2019 dx= I X +1)2019 xdx.

Doi bién r=x* +1 = dt=2xdx, ta cé:

()= [ =1)" de= - [ (¢ =)=

_ l[ (20 ) £2020 }4_ : _%|:(x2 +1)2°21 (x2+1)2°2°]+ .

212021 2020 2021 2020
A . A . s , I+lnx _,
Cau 31. (THPT Ha Huy Tép - 2018) Nguyén ham cuaf(x) = 0 la:
x.Inx
l+lnx 1+lnx )
I —ln|lnx|+C. B. I ln‘x .lnx‘+C.
x.Inx x.Inx
C. jmdx—ln|x+1nx|+c. j”lnx —In|x.Inx|+C.
x.Inx x.Inx
Loi giai
1+lnx
Taco [ =
'[f Jlxlnx
I1+Inx

Pat xlnx—t:(lnx+1)dx dr . Khidétacod I= I dxzj.%dt =ln|t|+C =ln|x.lnx|+C.

x.Inx
Ciu 32. (Chuyén Ha Long - 2018) Tim ho nguyén ham cta ham s f(x) =xle" "
A [f(x)dr=e""+C .B. [ f(x)dx=3¢""+C.
C. If(x)dxz%ex3+1+C. D. J.f(x)dxzx?ex3+l+C.
Loi giai
bit t=x’ +1=dr =3x’dx

Do do, ta co ,[f(x)dx=szex3+ldx=jet.%dt=%et+C=%ex3+1+C.

1 o,
Vay J.f(x)dnge 1+C_

Cau 33. (Chuyén Lwong Vin Chanh Phi Yén 2019) Nguyén ham cta ham s6 f (x)=3/3x+1 la

A [ f(x)dx=(3x+1)Bx+1+C. B. [ f(x)dr=33x+1+C.
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Cau 34.

Cau 35.

Cau 36.

TAI LIEU ON THI THPTQG 2021
C. J.f(x)dx=%\3/3x+l+C. D. [ f(x)dx 3x+1)\/3x+1+C.

Loi giai
1
Ta c6 J‘f(x)dx:%_.‘(3x+l)3d(3x+l):%(3x+1)\3/3x+1+c.
Nguyén ham ctia ham s6 f(x)=~/3x+2 la

A. %(3x+2)\/3x+2+CB. %(3x+2)\/3x+2+c
3 1

2
C. —(Bx+2)W3x+2+CD. — +C
- 9( ) 2 3x+2
Loi gigi
Chon C
3 2 l+1
2
Do [V3x+ dx_—j 3x42)2d(3x+2)= %&wz%(zxu)\/sﬁuc
7+1
2

(HSG Bic Ninh 2019) Ho nguyén ham ctia ham s f(x)=+v2x+1 la

A. —%(2x+1)\/2x+1+c. B. %\/2x+l+C.
C. %(2x+1)\/2x+1+c. D. %(2x+1)\/2x+1+c.
Loi gii
1
bat r=V2x+1=dt = dx = tdt =dx
’ g V2x+1

:>jf(x)dx:j\/2x+ldx:Ithx:§+C:%(2x+l)\/2x+l+C.

(THPT An Lio Hai Phong 2019) Cho ham sé f ( ) 2 == In2 Ham s6 nao dudi day khong l1a

N

nguyén ham cta ham sé f (x) ?

A. F(x)=2"+cC B.F(x)zz(zﬁ—1)+c

C. F(x)=2(2" +1)+C D. F(x)=2""+C
Loi giai

Chon A

Ta co F J.f =J‘2&.dezj2ﬁ.ln—2dx.

Jx Jx

Dat 1 = x = du =——dx.

20x

Vay F(x)=2In2.|2"du 222+ =24,
In2

Phuong 4n B: F(x)= 271 _24C théa.
Phuong 4n C: F(x)= 27 424 C théa.
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Ciu 37. (THPT Yén Phong S6 1 Bic Ninh 2019) Khi tinh nguyén ham j X3 dx, bang cach dit

vx+1

u=+/x+1 ta dugc nguyén ham nao?

A. IZ(u2—4)du. B. J.(uz—4)du. C. J.(uz—?))du. D. I2u(u2—4)du.
Loi giai

Chon A

Pat u:m =x=u’'-1=dx=2udu.

2
Khi do jjx__fldx tro thanh [ = u_4.2udu:_[2(u2—4)du
. 1
Cau 38. (Chuyén Ha L -2018) Tim h én ha (1a ham so6 =
au (Chuyén Ha Long ) Tim ho nguyén ham cta ham s6 f(x) NG
A. jf(x)dx=%\/2x+1+c. B. [ f(x)dr=v2x+1+C.
1
C. =2/2x+1+C. D. =——+C.
If(x)dx * J.f(x)dx (2x+1)\/2x+1

Loi giai
Pit V2x+1 =t =2x+1=¢ = dx =«dt.

Khldotacoj. V2x+1dx =— ﬂzzéfdt=%z+C=%\/2x+l+C,

Céu39. (THCS - THPT Nguyén Khuyén - 2018) Nguyén ham cita ham s§ f (x) = ln(x X +1) Ia

A. F(x)len(x+\/x2+1)+\/x2+1+C. B. F(x)len(x+\/x2+l)—\/x2+1+C.
C. F(x)len(x+\/x2+1)+C. D. F(x)zx2 1n(x+\/x2+1)+C.
Loi giai

Détt=x+\/x2+1<:>t=(x+ X2+1)(X— x2+l): —1 :>l=«/x2+1—x
x-~x+1 x-A+l t

LN dx:l[1+i2j; t+l=2\/x2+1
t 2 t t
[ £ (x)dx= Iln(x+\/x + )dx——j( jlntdt——j[1+ jlntdt—

bit u=Int - du =—dt
t

dv:[1+ti2jdt —>v=t—%;

Izé[t—%jlnt—%‘[%[t—%jdt [r——jl t——j( jdt__[t_%jlm_%(HD +C

= xln(x+\/x2-|-l)—\/x2 +1+C.
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Cau 40.

Cau 41.

Cau 42.

Cau 43.

TAI LIEU ON THI THPTQG 2021
20x* =30x+7
—F— CO

NV2x-3

modt nguyén ham F(x):(ax2+bx+c)\/2x—3 (a,b,c 1a cac s nguyén). Tong S=a+b+c

(Chuyén Ha Long - 2018) Biét rang trén khoang [%ﬁooj, ham s6 f(x)=

bang
A. 4. B. 3. C.5. D. 6.

Loi giai
bit t=v2x-3=¢t" =2x-3=dx=1tdt
Khi d6

2 2 2
2032 ~30x+7 O(t fj _30(t ;SJH
j X T oOx dxzj' tdt=j(5t4+15t2+7)dt=t5+5t3+7t+c

= :
= J(2x=3) +5{(2x=3)’ + TW2xr—3+C = (2x-3) V2x—3+5(2x—3)V2xr -3+ T2y —3+C
=(4x" —2x+1)¥2x-3+C

Vay F(x):(4x2 —2x+1)\/2x—3 .Suyra S=a+b+c=3.

(Chuyén Béc Ninh 2019) Tim nguyén ham ctia him sé f(x) = —n
1+3cosx
A. J.f(x)dx:%ln|l+3cosx|+C. B. jf(x)dx=1n|1+3cosx|+c.
C. jf(x)dx=31n|1+3cosx|+c. D. J.f(x)dx:—%ln|l+3cosx|+C.
Loi giai
Ta co: J.&dx=—1J.;d(1+3cosx)=—lln|l+3cosx|+C.
1+3cosx 371+3cosx 3
(S6 Thanh Héa 2019) Tim céc hams§ f(x) biét f'(x)=— "
(2 +sin x)
sin x 1
A. X)=—— . B. X)=—"""
S (2+sinx)’ S0 (2+cosx)
C fW)=——8D 1. D. f(x)=—2Y ¢,
2+sinx 2+sinx
Loi giai
, v cos x d(2 +sin x) 1
Taco f(x)= x)dx = dx = =— +C.
J@) If( ) J‘(2+sinx)2 J‘(2+sinx)2 2+sinx

(THPT Quang Trung Péng Pa Ha Nji 2019) Biét F (x) 1a mot nguyén ham cta ham sb

sin x Vs
xX)=——va F| = |=2.Tinh F(0).
/) 1+3cosx (2) ( )

A. F(O):—§1n2+2. B. F(O):—§1n2+2. C. F(O):—§In2—2. D. F(O:—§1n2—2.

Loi gidi

sin xdx __J- d(cosx)

Taco F(x)=.|. 3cosx+1

—lln|3cosx+l|+ C.
1+3cosx 3
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ma F z :—lln 3cos z +1
2 3 2

Do do, F(0)= —%ln|3cos(0)+1|+2 =—%ln4+2 = —§In2+2.

+C =2=C =2.

Vay F(O)=—§ln2+2.

Ciu 44. (Lién Truwomg Thpt Tp Vinh Nghé An 2019) Biét jf(x)dxz 3xcos(2x—5)+C. Tim khing
dinh dang trong cac khing dinh sau.

A. [ f(3x)dx =3xcos(6x-5)+C B. [ f(3x)dx =9xcos(6x—5)+C

C. [ f(3x)dx=9xcos(2x—5)+C D. [ f(3x)dx=3xcos(2x—5)+C
Loi giai

Cach 2:

Pit x=3t = dx=3dr.
Khi d6: [ f(x)dx =3xcos(2x—5)+C

& 3] f(3t)dr =3.(3t)cos(2.3t=5)+C < [ f(3t)dt =3t cos (6t —5)+C
& [ £ (3x)dr =3xcos(6x-5)+C.

Cau 45. (Chuyén Ha Long - 2018) Tim ho nguyén ham ctia ham s6 f (x)=tan’ x.

A. _[f =—tan x—%tan x+In|cosx|+C.
B. J.f(x)dx=itan4x+%tan2x—ln|cosx|+C.
C. If(x)dx=%tan4x+%tan2x+1n|cosx|+C.
D. If(x)dx=itan4x—%tan2x—ln|cosx|+c.

Loi giai

Sll’l X

= f(x)dx=[tan’ xdx =[~—=dx

COS X

Jsin2 x.sin’ .sinx & j(l—coszx).(l—coszx).sinx

cos’x cos’x
bat t=cosx=df=-sinxdx = J.w(—dt) = f_—54(—dt)

- (—l#%_ljdf‘j(f +21 —ljdt:lz‘4—t‘2—ln|t|+c
£or ot t 4

=—Ccosx ' —cosx —1n|cosx|+C—l ! —L—ln|cosx|+C

4 cosx® cosx

(tan x+1) (tan2 x+1)—1n|cosx|+ C
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Cau 46.

Cau 47.

Cau 48.

TAI LIEU ON THI THPTQG 2021

=l(tan4x+2tan2x+1)—(tan2x+1)—1n|cosx|+C
4
=ltan4x—ltanzx—ln|cosx|+l+C

2 4

:ltan“x—ltanzx—ln|cosx|+C.
4 2

z
A

(Hong Bang - Hai Phong - 2018) Biét F(x) 12 mdt nguyén ham cia ham sb

f(x)=sin’ x.cosx va F(0)=r.Tinh F{%j .

A Fl E=—r. B.F|Z|=x. c.rlZ)l=_Yir por[ZF)l2Llis
2 2 2) 4 ="\2) 4

Loi giai
Pat t =sinx = df = cos xdx .

_sin*x

4
Flx)= dx = | sin’ dv={rdr = +C C.
(x) _[f(x) J.sm XCOS X .[t =+ —
" »
F(O)zﬂ-3SIH4H+C=H<I>C=7T:>F()C)=SIH X

4

Cho F(x) 1a mdt nguyén ham cta ham s f(x)=

xInx e

thoa man F(lj=2 va F(e)=In2.
Gi4 tri ctia biéu thie F (inJrF (ez) bang
e
A.3In2+2. B. In2+2. C.In2+1. D. 2In2+1.
Loi giai
Chon A

Tacé:J. ! dxzjd(lnx)=1n|lnx|+C,x>0,x¢1.
xIlnx Inx

In(Inx)+C, khix>1
In(~Inx)+C, khi 0<x<1

Nén: F(x) = {

Ma F(1J=2 nén ln(—ln1J+C2 =2<C,=2; F(e)=In2 nén In(lne)+C, =In2 < C, =1n2.
e e

In(Inx)+In2 khix>1
In(~Inx)+2 khiO<x<l

Suy ra F(x):{

Viy F(%)+F(ez) =ln(—lni2j+2+ln(lnez)+ln2 =3In2+2.
e e

(Chuyén Nguyén Hug-HN 2019) Goi F(x) l1a nguyén ham ciia ham s6 f(x) = ——— thoa

V8 —x?
man F(2) =0. Khi d6 phuong trinh F(x) =Xx c6 nghiém la:

A x=0. B. x=1. C.x=-1. D. x=1-3.
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Cau 49.

Cau 50.

Loi giai
Chon D

Ta co: _[\/E:de:—%_[(S—xz)_;d(S—xz):—\/S—xz el

Mat khac: F(2):Oc>—\/8—22 +C=0C=2.
Nén F(x)z—\/8—x2 +2.
F(x)zx(:)—\/S—x2 +2=x8—-x"=2—x

2—-x20 x<2
= s , & 5 X= l+\/_<:>x—1 NGY
8—x"=(2-x) 2x*+4x+4= 0
x=1- \/_
Goi F 1a nguyén ham ctia ham sd
: ( ) guy f( ) m xz
A 2T B. 27. c. 2> p. 215
8 24 8
Loi giai
Chon A

Ta cé: If(x)dxzI(\/)%—%dezj(z(Ll)l_z—%de
=2[x+1dx- 2]( ]dx j dx

=2j(x+1)5d(x+1 —2f(x+1 ’Ed(x+1)—jx-2dx

_M—4\/—+ +C.

3

Suy ra F(x) = 4(x;r1)2 —4x+1 +1+C.
X

4(3+1):

Mit khéc: F(3)=6< 6= —4\/3+1+§+c©c=3.

3
Vay F(8)=@—4\/8+1+%+3=2—;7_

Ho nguyén ham cta ham sé f ( ) mTﬂi” trén khoang (%;+ooj la

A. (4% +2x+1)2x-3+C. B. (4x” —2x+1)v2x-3.

C. (32" —2x+1)2x-3. D. (4x* —2x+1)y2x-3+C.
Loi giai

Chon D
Xét trén khoang (%H-OOJ , ta co:

20x2—30x+7 10x 2x— 3 +7
x)dx =
If() I J2x-3 I sz 3
Pit u =+2x-3 = u’> =2x-3 = 2udu = 2dx = udu = dx.
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Khi do:

I1ox (2x-3)+7 ‘I (" +3)u +7ddu:J'|:5(u2+3)u2+7}du:I[5u4+15u2+7:|du

\2x—

=u’ +5u° +7u+C=(u4+5u2+7)u+C=[(2x—3)2+5(2x—3)+7}/2x—3+C

=(4x2—2x+1)\/2x—3 +C.

1. Cong thirc thuwong dp dung

f L dx:lln‘axﬁLb‘—i—C.-f;dx:_l. 1 +C
ax +b a (az +b)* a ar+b

Ina +Inb = In(ab). - lna—lnbzln%-

« Ina" =nlna. « Inl1=0.

P(z)
Q(x)

o Néu bic ciia tir s6 P(x) > bdc ciia mdu s6 Q(x) —2— Chia da thikc.

dz.

2. Phwong phdp tinh nguyén ham, tich phan ciia ham sé hitu ty I = f

o Néu bdc ciia tir s6 P(z) < bdc ciia mau s6 Q(x) —E— phan tich mau Q(x) thanh tich o, réi sir dung

phirong phdp che dé dwa vé cong thire nguyén ham s6 01.
o Néu mau khéng phan tich dwoc thanh tich s6 —2—s thém bét dé doi bién hodc lwong gidc héa bang

cach dat X = atant, néu mdu dwa dwoc vé dang X* +a’.

Ciu 51. (P& Minh Hoa 2020 Lan 1) Ho tat ca cic nguyén ham cta ham sd f(x)= xX+2

trén khoang

(I+0) 1a
A. x+31n(x—1)+C. B. x—31n(x—1)+C.
C. x— 3 +C. D. x+ 3 +C.

(x-1) (x-1)

Chon A

Loi gii
Trén khoang (1;+c0) thi x—1>0nén

[ fGodx = j“z j(n%}k=x+31n|x—1|+c=x+31n(x—1)+c.

3x-2
(x-2)

Cau52. (M4 dé 104 - BGD - 2019) Ho tat ca cac nguyén ham cia ham s f(x)= ~ trén khodng

(2;+oo) la
A 3In(x-2)+—2—+C B. 31n(x—2)-—=—+C
x=2 x=2
. -2)- D. - .
C. 3In(x-2) ——5*C 3In(x 2)+x_2+c
Loi giai
Chon C
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Taco f(x)=22=2 0=t 3 4 g
(x—2) (x—2) x=2 (x—2)

+C.

3x-2 3 4 4
jmdx:j[x_z+(x_2)zjdx=3ln(x—2)—x_2

2x—1

2

Cau53. (Ma dé 101 - BGD - 2019) Ho tit cd cdc nguyén ham ciia ham sé f(x)=

trén
(x+1)

khoang(—1;+0) la

A. 21n(x+1)+L+C. B. 2ln(x+1)+i+C.
x+1 x+1

C. 21n(x+1)—i+C. D. 2ln(x+l)—i+C.
x+1 x+1
Loi giai
Chon B

, 2=l e2(x+1)=3 o] 2 3 ~ 3
Ta c6 jf(x)dx_j(x+l)2dx_j o) dx—J‘LH_I—(x+1)2}dx—21n(x+l)+m+c.

C4u35. Ho nguyén ham cua ham s6 f(x)= % 1a
X +5x+

A. ln|x+l|+2ln|x+2|+C. B.2ln|x+1|+ln|x+2|+C.

C. 2In|x+1|-In|x+2|+C. D. —In|x+1|+2In|x+2|+C.
Loi giai
x+3  x+#3 2 1
C+3x+2 (x+1)(x42) x4l x+2°

Tacod f(x)=

Suy ra ho nguyén ham ctia ham s6 f(x)= EEELE N

XX +3x+2

Cau54. (Chuyén Lé Quy Don Dién Bién 2019) Tim mot nguyén ham F (x) cia ham s6

F(x)=ar+2 (x#0), biétring F(-1)=1F(1)=4, £(1)=0

X
A. F(x)zix2 3.7 B. F(x)zixz_i_l
2 4x 4 4 2x 4
C F()c)=§)c2+1+Z D. F(x)zgxz_i_l
4 2x 4 2 2x 2
Loi giai
Ta co F(x)=If(x)dx=I[ax+—2jdX——ax2 —é+C
X
la+b+C=1 b=—g
F(-1)=1 |2 2
Theo bai ra F(1)=4 & %a—b+C=4© a:%
SD=0 " Jatp=0 c:%
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Cau 55.

Cau 56.

Cau 57.

TAI LIEU ON THI THPTQG 2021

3, 3 7
ay F(x)=— —+—.
Vay (x) 4x +2x+4
Cho bié tj%dx—alnhﬂhblnh—zhc.
Ménh dé nao sau day dung?
A. a+2b=8. B. a+b=8. C.2a-b=8. D.a-b=8.

Loi giai
. 2x-13 A B A(x-2)+B(x+1) (A4+B)x+(-24+B)
Ta co: = + = =
(x+1)(x—2) x+1 x-2 (x+1)(x—2) (x+1)(x—2)

A+B=2 A=5
= = .
24+B=-13  |B=-3

. 2x-13 B 5 B 3 _ B B
Khldo'J.(x+1)(x—2)dx_'|‘(x+1 x_zjdx 51n|x+1| 3ln|x 2|+C.

Suyra a=5;b=-3 nén a—b=8.

Cho biét j%dx=a1n|(x—1)(x+1)|+b1n|x|+c. Tinh gia tri biéu thite: P=2a+b.
X —X
A. 0. B.-1. c. L D. 1.
= 2
Loi giai
Ta co:
| 4 B D ~A(x*=1)+Bx(x+1)+Dx(x=1) (4+B+D)x*+(B-D)x—4
¥-x x x-1 x+1 X =x B X —x
A+B+p=0 |77
—{B-D=0 C>B=%.
—4=1
p-l
2

s 1 B _l 1 1 :l B B
Khi do: Iﬂx-j x+2(x—l)+2(x+1)JdX 21n|(x 1)(x+1)| 1n|x|+C.

Suy ra a—l b=—1nén P=2a+b=0.

2’
Cho biét J‘%dx aln|x+2|+b1n|x+3|+C Tinh gia tri biéu thitc: P=a’ +ab+b".
X+
Al 12. B. 13. C. 14. D. 15.
Loi giai
Ta o e+l 4, B _A(x+3)+B(x+2) (4+B)x+(34+2B)
a co: =
X 45x+6 x+2 x+3 (x+2)(x+3) (x+2)(x+3)
{A+B:4 {A:3
= = .
34+2B =11 B=1
.y 4x+11
Khldo:j J[ +— X = 3ln|x+2|+1n|x+3|+C
x’ +5x+6 x+2 x+43
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Suyraa=3;b=1nén P=a’+ab+b*=13.

1

Ciu 58. Chohamsd f(x) théa mén f/(x):ax2+%, 'm=3, f(1)=2, f[E]:—é.Khid() 2a+b
X

bang

A —=. B.0. C.5. D.
Loi giai

Tacd ['(1)=3=a+b=3(1).

3
2 2

Ham s6 ¢6 dao ham lién tyc trén khoang (0;+0c), céc diém x=1, x:% déu thude (0;+00)
nén
b ax’ b
x)= [ f'(x)dr= f[ax + de 5o tC
+ f(l):2¢3—2+C:2(2).
3 2
1 1 a 1

+ flol=—— =2 _2prc=——(3).

/ 2] 12 24 12( )
Tu (1) , (2) va (3) ta duoc hé phuong trinh
a+b=3 a=2
«3—2+C:2 Sib=1 =2a+b=22+1=5.

3 2

a 1 C—E

—=2b+C=—— 6

24 12

Cau 59. (Mai 102 2019) Ho tit ca cac nguyén ham cta ham sd f(x) = (3x —
X
1 2
A. 3In(x—1)———+c. B. 3In(x-1)+——+c.
x—1 x—1

C. 3ln(x—1)—i1+c. D. 3ln(x—1)+%+c.
x_

Loi giai
Chon C

Taco f(x)=

3x-3+2_3(x-D+2_ 3 2
(x-17% (x > x-1 (x-1)

Vay If(x)dxzj(;+ _3jd(x D, I((iix__l)lz)

=31n|x—1|+2j(x—1)-2d(x—1) =31n(x—1)—i1+c vi x>1.
x_

Cau 60. (Ma 103 - 2019) Ho tat ca cdc nguyén ham cia ham s6 f'(x)= (2x +;
x+2
A 2In(x+2)+ +C. B. 2In(x+2)+ +C.
x+2 x+2
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Cau 61.

Cau 62.

TAI LIEU ON THI THPTQG 2021
+C.

C. 2ln(x+2)— +C. D. 2ln(x+2)—

x+2 x+2
Loi giai

Chon B

bat x+2=t=>x=t-1=dx=dt v6i t >0

Tacoj j j(———jdt—zlnmtw

Hay J.f(x)dx=21n(x+2)+ +C.

x+2

(THPT Yén Khinh - Ninh Binh - 2019) Cho F(x) la mot nguyén ham cia ham s

f(x)z% trén khoang (0;+w0) théa mén F(1)=%. Gia tri coa biéu thuc
S=F(1)+F(2)+F(3)+...+ F(2019) béing
.2019- B. 2019.2021- C. 2018 1 - D. — 2019
2020 2020 2020 2020
Loi gii
Ta ¢6 f(x)= 2x+1 _ 2x+1

X +2x 4+ X7 xz(x+l)2 ‘
bat t=x(x+1)=x2+x :>dt=(2x+l)dx.

1

1 1

Khi d¢ F dx= —dt=—+C=—- C.

1o If Iz2 0 x(x+1)+

< , 1 1 1
Mitkhac, F(I)=— =>-——=+C=— =>C=1.

2 2 2

Viy F(x)=——— 41

i x(x+1)
Suy ra
S=F(1)+ F(2)+ F(3)+...+ F(2019) = (L+L 1. ;j 42019

1.2 23 4 2019.2020
=—[1—l+l—l+l—l+...+L——j (1——j+2019
2 2 3 3 4 2019 2020
=2018+L=2018L.
2020 2020

Gia str | (2+3)dx L€ (C 1aning sb)

1a S =— a nang so).

x(x+])(x+2)(x+3)+1  g(x) s

Tinh tong c4c nghiém cta phuong trinh g (x)=0.
A 1. B. 1. C.3. D. 3.

Loi gidi
Tacd x(x+1)(x+2)(x+3)+1= (2 +3x)( +3x+2)+1 =[ (* +3x) +1] .
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Dit ¢ =x"+3x, khi d6 df =(2x+3)dx.
dr 1

Tich phan ban dau trg thanh _[ s=———+C
(1+1) t+1

(2x+3)dx 1

wr)(xr2)(x+3) 41 o A3xrl

Tré lai bién x, ta cod J

Vay g(x)=x2+3x+l.

—3+4/5
xX= 5
g(x)=0e X +3x+1=0 .
(x) Vs
X =
2
Vay tong tit ca cac nghiém ciia phuong trinh bang —3.
Cau 63. (Nam Tryc - Nam Djinh - 2018) Cho Izj.%dx =2 ~bln[x|+2cIn(1+x*)+C. Khi
X (1+x ) X
d6 S=a+b+c bang
-1 3 7
A, —. B. — C. - D. 2
4 4 4
Loi giai

t=1+x" = dt =2xdx
= Izlj ! . dt:lf _—1+%+1 dtzl(—ln|t—1|—L+ln|t|j+C
2 (t—l) t 279 t-1 (t—l) t 2 t—1

:%(—ln‘xz‘—%+ln‘l+x20+c =—§—ln|x|+%ln(l+x2)+C

dx

1

a:
7
=b=1 = S=a+b+c:z.
1
c=—
4

Ciu 64. (Trwong VINSCHOOL - 2020) Cho ham sé f(x) xac dinh trén R\{-L1} théa man

f(x)= 21 . Biét f(3)+f(-3)=4 va ijJrf(_?lj:z. Gia tri clia bicu thirc

£ (=5)+7(0)+ f(2) bang

A. 5—lln2. B. 6—lln2. C. 5+lln2. D. 6+lln2.
2 2 2 2
Loi gidi
Chon A
Ta c6 f'(x)zle_1 :>f(x)=J‘f'(x)dxzszl_ldxzélni—: +C véi xe R\{-L1}.
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Cau 65.

Cau 66.

TAI LIEU ON THI THPTQG 2021

Lol e mhi x>
2 |x+1

f(3)+f(3)=C+C,=4

. 1 |x-1 _ C+C,=4
Khi do: f(x)z —In +C, khi -l1<x<l= 1 -1
TP lee mi x<o
2 |x+1

Vay f(-5)+/(0)+f(2) =%1n%+C3 +C, +%ln%+Cl =%ln%+5=5—%ln2.

(Quing Xwong - Thanh Héa - 2018) Cho ham s6 f(x) x4c dinh trén R\{-2;1} thoa

. 1 . 1 . . , - ,
manf(x)=x2+x_2, f(=3)-7(3)=0 va f(0)=§. Gia tri coa biéu thic
f(-4)+ f(-1)- f(4) bang
A. l1n2+l. B. In80+1. C. llni+1n2+1. D. l1n§+1.
3 3 3 5 3 5
Loi giai
l1n X1 +C1,‘v’xe(—oo;—2)
3 |x+2
f(x)=] L g =t s o vre(<2:0)
X 4+x-2 3 |x+2 ?
lln X1 +C,,Vx € (1;+0)
3 |x+2

Taco f(-3) =%ln4+C1 ,Vxe(—0;2), £(0) =%ln%+Cl,Vx e(-21),
7(3) =%ln§+C3 ,Vx € (1;+90),

Theo gid thit taco f(0)== < C, =%(1+ln2).

W | =

:>f(—1)=§ln2+%.

\ 1. 1
Va f(—3)—f(3):0 <:>C1—C3 ZEIHB.

Vay f(—4)+f(-1)-f(4) :%1n§+cl+%1n2+%+%1n2+%1n2—€2 :%ln2+%.

(Chuyén Nguyén Quang Diéu - Dong Thap - 2018) Cho ham s6 f(x) xac dinh trén R\{1}
théa min f'(x)=Ll, £(0)=2017,, £(2)=2018. Tinh S =(f(3)—-2018)(f(-1)-2017).
—
A. S=1. B. S=1+In"2. C.S=2In2. D. S=In*2.
Loi gidi
In(x-1)+C, khi x>1
In(1-x)+C, khi x<1
Laicé f(0)=2017 = In(1-0)+C, =2017 = C, =2017..
£(2)=2018 In(2-1)+C, =2018 = C, =2018.

Ta c6 f(x)=Iﬁdx=ln|x—1|+C ={
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Do d6 §=[In(3-1)+2018-2018 ][ In(1-(~1))+2017-2017 | = 1n> 2.

b

Ciu 67. (S& Phi Tho - 2018) Cho ham s f(x) xéc dinh trén R\{-1;1} théa man f'(x)=— "
x —

f(=2)+f(2)=0va f[—%j+f(%)=2.Tinh f£(=3)+ £ (0)+ f(4) duoc két qua

A. ln§+l. B. 1n§—1. C. 1ni+1. D. lni—l.
5 5 5 5

Loi giai
=M ¢ khiv<-1
x+1

Taco f(x)=[/"(x)dx = 2 dx:j[ﬁ—LJcbp =N ¢, khi —1<x<l.

x* -1 x+1 x+1
n =l khix>1
x+1
f(=2)+1(2)=0 In3+C +Int+C,=0 CiC -0
Khi d6 1 1 = | :{Cl 13
f(‘}j’“f(})zz n3+C, iz G2 T

Dodo f(-3)+/(0)+f(4)=In2+C, +C2+1n§+C3 :ln§+l.

Cho hai ham sé » va v lién tuc trén [a;b] va c6 dao ham lién tuc trén [a;b] . Khi do:
Iudv = uv—J.va’u(*)
b
Pé tinh tich phan 7 = J. f(x)dx bang phuong phap timg phan ta lam nhu sau:
Buéc 1: Chon u,v sao cho f(x)dx=udv (chuy: dv=v'(x)dx).
Tinh v='|.dv vadu=u'dx.

Bugc 2: Thay vao cong thic (*)va tinh J vdu .

Can phai lya chon u va dv hop li sao cho ta d& dang tim dwoc v va tich phan J.vdu dé tinh hon

Iudv. Ta thuong géap cac dang sau

sin x

Dang 1 :1 :IP(x){ }dx , trong 6 P(x) 1a da thirc

COS x

. sin x
V6i dang nay, ta dat u = P(x), dv= { }dx )
COS X

Dang 2 :1= J.(x)embdx
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u= P(x)

g g trong d6 P(x) la da thic
v=e X

Vi dang nay, ta dat {

Dang 3 : Isz(x)ln(mx+n)dx
u :ln(mx+n)

Véi dang nay, ta dat
me ey {dv:P(x)dx

sin x
Dang 4 : I:I{ }exdx

COS X
sin x sin x
u= \ u=
Vi dang nay, ta dat cosx | dé tinh Iva’u ta dat cosx |.
dv=e'dx dv=e'dx
Chu 68. (Mi 101 - 2020 Lan 1) Cho ham sb f(x)= . Ho tit ca cac nguyén ham cia ham sb
X +2
g(x) =(x+1).f’(x) la
2 _ _ 2
A2 00 g X2 Lo X2 00 p X2 Lo
2\x*+2 X +2 x*+2 24x*+2
Loi giai
Chon B.

Tinh g(x):J.(x+1)f'(x)dxz(x+l)f(x)—'|.(x+l)'f(x)dx: - —If(x)dx

2 2 _
ML S SN e SN T e
\/x2+2 \/x2+2 \/x2+2 X +2
Cau 69. (Mi 102 - 2020 Lan 1) Cho ham sé f(x)= . Ho tit ca cac nguyén ham cia ham sb
X +3
g(x)=(x+1)/"(x) 1a
x2+2x-3 x+3 2x* +x+3 x-3
A — (. B. ——+C. C.—Q—~+C. D.——+C.
240x*+3 20x*+3 Vxt+3 x2+3
Loi giai
Chon D
x=3

Ta c6 J-(x+l)f'(x)dx:(x+l)f(x)—.|-\/xzJr3 dx = N +C.

Cau70. (M3 103 - 2020 Lin 1) Cho ham sé f(x)= \/f— Ho tAt ca cac nguyén ham cia ham sé
x +1

g)=(x+1)f'(x)

2 _ 2 —
A.szl+C. B.x_-l-l_i_c. C.MJrc_ D.x_l_i_c_
20xr+1 x*+1 Vxt+1 x> +1

Loi giai
Chon D

Xétjg(x)dx:j(x+l)f'(X)dx.Dat{ u=x+1 @{duzdx
dv=f0de |v=f(x)
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Vay J'g(x)dx:(x+1)f(x)—ff(x)dx:Ig(x)dx_ X+l)x J-\/x —
(x+1D)x > X +x—x" -1
dx = 1+C dx =—=—=—+C
3Ig(x)x N —Jx2+1+ :>jg(x)x N +
= [g(x)dx=— 1 e
x +1

Cau71. (Ma 104 - 2020 Lan 1) Cho ham s6 f(x)=

X’ +4
g(x)=(x+1)f"(x) 1a
2 2
A el B. =% ¢ c.X*2x74 o p 2 Axtd,
24x +4 T X' +4 2Nx* +4 Jxt+4
Loi giai

Chon B

X x'.\/x2+4—(\/x2+4),.x
Ta co: f(x):\/m:f’(x)z =2
(ea_ % X +4-x°
:>f'(x)= v \/x2+4. _ VX' +4 _ 4
x> +4 x> +4 (m)3
Suyra: g(x)=(x+1) f"(x)=x./"(x)+ f"(x)
Ig(x)dx:I[x.f'(x)+f'(x)]dx:jx.f'(x)dx+jf'(x)dx

= aal x +
_I(m) d J.f
Xét: [ = I—dx

)

bit t =x> +4 = dt = 2xdx
1

2dt Zdt t? —4 —4
Suyra: [ = =2 z2dt =2—+(C,=—F+C =—+C
J.(\/;) zz I N N
2
va J=J‘f'()c)abc=f()c)+C2
—4 X x—4
Vay: | g(x)dx = + +C= +C.
I ( ) \/x2+4 \/x2+4 \/x2+4

Cich 2: g(x)=(x+1)/"(x)
:>J.g(x)dx=.|.(x+l)f'(x)dx

» u=x+1 du =dx
bat: dv=f'(x)dx: v=f(x)
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Cau 72.

Cau 73.

Cau 74.

TAI LIEU ON THI THPTQG 2021

Suy ra: jg(x) x+1 'ff dx— (x+1)x

'[\/x +4
_ X+ x _Id<x2+4): X +x X +4+C = x4 +C.

NSRS N VN ! X +4

(P& Minh Hoa 2020 Lan 1) Cho ham so f'(x) lién tuc trén R. Biét cos2x la mdt nguyén ham
clia ham s6 £ (x)e", ho tit ca cac nguyén ham cia ham s6 f(x)e" la:
A. —sin2x+cos2x+C .B. -2sin2x+cos2x+C .

C. -2sin2x—cos2x+C. D. 2sin2x—cos2x+C.
Loi giai

Chon C
Do cos2x 1a mot nguyén ham ciia ham s f (x)e"
nén f(x)e* =(cos 2x), < f(x)e" =-2sin2x.

Khi d6 ta co [ f(x)e"dx=cos2x+C.

bt {u:f(x) j{du:f'(x)dx‘

dv=e"dx y=¢"

Khi do jf x)e'dr =cos2x+C < [ f(x)d(e") = cos2x+C
& f(x)e" = f(x)edx =cos2x+C & [ f'(x)e"dx =—2sin2x—cos 2x+C .

Viy tat ca cac nguyén ham ctia ham s6 f"(x)e* 1a —2sin2x—cos2x+C.

(P& Tham Khio 2019) Ho nguyén ham ctia ham s6 f(x) =4x(1+Inx) 1a:

A. 2x* Inx+3x>. B. 2x’Inx+x".
C. 2XInx+3x*+C. D.2x Inx+x"+C.

Loi gidi
Chon D
Taco f(x)=4x(1+Inx)= F(x)=[(4x(1+Inx))dx
dat

1
u=ltinx=du x:>F(x):2x2(1+lnx)—_[2xdx=2x2(1+lnx)—x2+C=2x21nx+x2+C

dv=4x=v=2x"

Ho céac nguyén ham ctia ham so f(x) =xsinx la

A. F(x)=xcosx+sinx+C. B. F(x)=xcosx—sinx+C.
C. F(x)=-xcosx—sinx+C. D. F(x)=-xcosx+sinx+C.
Loi gidi
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o lu=x du =dx
bat . = .
dv =sin xdx V=—COSX

Suy ra Ixsinxdx = —xcosx+J.cosxdx =—-xcosx+sinx+C.

Ciu 75. (Chuyén Phan Bi Chau 2019) Ho nguyén ham ciia ham s6 f(x) = x.e* 1a:

A Fr)=te[x-Llsc B. F(x)= ¢ (x-2)4C
2 2 2
C. F(x)=2¢"(x-2)+C D. F(x)zzeZX(x_%jJrC
Loigiai
_ du =dx
patd =1
T ldv=€" v=5e2)C

= J.x.ezxdx = %x.e“ —%je”dx

= Ix.e“dx =%x.e2x —%ez" +C :%e“ (x_%}_c

Cau 76. (THPT Gia Loc Hai Dwong 2019) Ho nguyén ham cia ham s6 f'(x)=(2x—1)e" 1a
A. (2x—3)e"+C. B. (2x+3)ex+C.
C. (2x+1)e"+C. D. (2x-1)e'+C.
Loi gidi

Goi 1= [(2x—1)e"dx.

u=2x-1 du = 2dx
bat = .
dv=e"dx y=¢"

=1 =(2x-1)e" —2[e'dr=(2x—1)e" —2¢" +C=(2x-3)e" +C.

Ciu 77. (Chuyen Phan Bdi Chau Nghé An 2019) Tim ho nguyén ham cta ham sd f(x) = xe™ ?

A. F(x)=lez" [x—ljJrC. B. F(x)=lezx (x—2)+C.
2 2 2
C. F(x)=2e* (x—2)+C. D. F(x)=2e2x(x—%j+C.
Loi giai

Taco F(x)= J.xe“dx
du =dx

Suy ra F(x) L e —lfez"dx =lxe2" —le“ +C =lezx )c—l +C
2 2 2 4 2 2

Cau78. (Chuyén Son La 2019) Ho nguyén ham ctia ham s6 f'(x)=x(1+sinx) 1a
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2 2

x ) X .
A. ——xsinx+cosx+C. B. ——xcosx+sinx+C.
2 2
2 2
X ) X )
C. ——xcosx—sinx+C. D. ——xsinx—cosx+C.
2 2
Loi giai

Ta co: Jf(x)dx=Jx(1+sinx)dx =dex+jx.sinxdx=dex—de(cosx)
=%2—(xc0sx—Icosxdx)=%2—xc0sx+sinx+C.

Cau79. (Chuyén Thai Binh - Lan 3 - 2020) Gia sit F(x)= (ax2 +bx+c)ex 12 mot nguyén ham cuia ham
s6 f(x)=x"¢".Tinh tich P =abc.

A. —4. B. 1. C. -5. D. -3.
Loi giai
Chon A
=x’ du = 2xdx

Ta dat: Hes = = J.xZexdx =x’e" -2 I xe'dx.

dv=e"dx v=e'

u=x du = dx
Ta dat: = :>J.xzexa’x=xze’C —Z(xex—J.exa’x):(x2 —2x+2)ex.

dv=e'dx v=e'

Vay a=1,b=-2,c=2= P=abc=-4.
Ciu 80. Ho nguyén ham ctia ham s6 f(x) =2x(1+¢")la
A. (2x—l)ex+x2. B. (2x+l)e*+x2. C. (2x+2)ex+x2. D. (2x—2)e*+x2.
Loi giai
Ta co I2x(1+ex)dx=2dex+2jxexdx.
u=x {duzdx
=

Goi 1=2jx1nxdx. Dit
dv=e'dx

v=e"

Khi 6 1 =2xe" 2 e*dx.

Vay I2x(1+ex)dx:2jxdx+xex—2Iexdx:x2+xex—2x+C
=(2x—2)ex+x2+C.

Cau 81. Honguyén hamcua f(x)=xInx 1a két qua nao sau day?

A. F(x)zlx2 lnx+lx2+C. B. F(x)zllenx+lx2+C.
2 2 2 4
1,1, 1,1

C. F(x)==x’Inx——x*+C. D. F(x)==x"Inx+—x+C.
2 4 2 4

Loi gidi
u=Inx du—@
Taco F(x)= dx=[xInxdx.Dat{ *

acd F(x) jf(x) X jx nxdx.Pa { v:xdx: 2

=2
2
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Theo cong thirc tinh nguyén ham tung phan, ta co:

1 1 1 1
F(x)=—x21nx——fxdx=—x2lnx——x2+C.
2 2 2 4
Ciu 82. (Chuyén Lé Hong Phong Nam Dinh 2019) Tim tit ca cic nguyén ham cua ham s

f(x) =(3x2 +1).lnx.

3 3

A. Jf(x)dxzx(x2+l)lnx—x?+C. B. J.f(x)abc:x3 lnx—x?+C.
C. J.f(x)dxzx(xz+l)lnx—x?3—x+C. D. J.f(x)a'xzx3 lnx—x?S—x+C.
Loi giai
Chen C
Taco 1 = [(3x" +1)In xdx
{uzlnx duzldx
bat 5 = X .
dv=(3x +1)dx v=j(3x2+l)dx:x3+x

:>I=(x3 +x)lnx—J‘(x3+x)la'x=x(xz+l)lnx—'|-(x2 +1)dx zx(x2 +1)lnx—x§—x+C.
X

r , X
Ciu 83. (Chuyén Dai Hoc Vinh 2019) Tat ca cic nguyén ham cta ham sd f(x)=——— trén khoang
sin x

(0;7) 1a
A. —xcotx+In(sinx)+C. B. xcotx—In|sin+C.

C. xcotx+ln|sinx|+C. D. —xcotx—In(sinx)+C.

Loi giai
Chon A
x
F(x)= dx = | ———dx.
(x) J.f(x) Jsinzx

e {du:dx
Dat 1, = :

dv=———dx v=-—cotx

sin”x
Kot (x) [ dr— ot feotar—sot -+ [ 22 oot 1)
S x Sin x sin x

=—x.cotx+ln|sinx|+C. Véi x e (0;7) = sinx > 0= In|sinx| = In(sinx).

Viy F(x)=-xcotx+In(sinx)+C.

Ciu 84. (S& Phii Tho 2019) Ho nguyén ham ciia ham s y = 3x(x+ Ccos x) 1a

A. x*+3(xsinx+cosx)+C B. x’ —3(xsinx+cosx)+C

C. x* +3(xsinx—cosx)+C D. x’ —3(xsinx—cosx)+C
Loi giai

Chon A

Ta cé: j3x(x+cosx)dx =j3x2dx+j3xcosxdx
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'J.3xzdx=x3 +C,

. I3xc0sxdx= I3x.d(sinx)= 3x.sinx—J.3sinxdx =3x.sinx+3cosx+C,

Vay f3x(x+cosx)dx =x’+3(xsinx+cosx)+C

Ciu 85. (Chuyén Lé Hong Phong Nam Pinh 2019) Ho nguyén ham cta ham sé f (x) =x*+xe" 1a
A. %xs +(x+1)e"+C. B. %xs +(x-1)e"+C.
C. %x5+xeX+C. D. 4x° +(x+1)e" +C.

Loi giai
Ta co: J.(x4 + xex)dx = J.x“dX + jxe"dx

+) J.x“dXI%x5 +C,.
U=x du=dx
+) bat = .
{dvze*dx {v=ex
Suy ra: Ixexdx =xe"—_[e”dx=xe"—e"+C2 =(x-1)e" +C,.
Vay J‘(x4 +xex)dX=%x5 +(x—1)e“‘+C,

Cau 86. Cho hai ham sé F(x),G(x) x4c dinh va c6 dao ham lan lugt 1a f(x),g(x) trén R. Biét ring

3
F(x).G(x)=x" ln(x2 +1) va F(x).g(x)= 2):_1. Ho nguyén ham cua f(x).G(x) 1a

2
X
A. (x2 +1)1n(x2 +1)+2x2 +C. B. (x2 +1)1n(x2 +1)—2x2 +C.
C (¥ +1)In(x* +1)-x+C. D. (x*+1)In(x* +1)+x* +C.
Loi giai
Chon C
Tacod

(x) I(F x —J. (x) +F(x ).G’(x))dx.
f xG(x) () <x)—J(F<x>-G'<x>)dx

:len(x2+1)—_[[ 2 jdx:len(xz+1)—(x2+1)+1n(x2+1)+C

xt+1

:(x2 +1)1n(x2 +1)—x2 +C.

Cau33. Ho nguyén ham ctia ham s6 f(x )=x.™ la

A.F(x)z%e“[x—%j+c. B.F(x)z%ezx(x—2)+C.
C. F(x)=2¢" (x=2)+C. D. F(x)=2ezx(x—%j+C.

du =dx
bat e = 1
© |dv=edx V= Eezx '
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Cau 87.

Cau 88.

Cau 89.

F(x)=xe* —lj‘ezxdx =lx.ez" —lezx +C =lezx x—l +C.
2 2 4 2 2

(Sé Bic Ninh 2019) Ménh dé nao sau day la dung?
2
A. jxe"dxze““+xe““+C. B. Ixexdxz%ex+ex+C.
2
C. jxe"dxzxe”—e“‘JrC. D. J.xexdx=x—ex+C.
2
Loi giai

Str dung cong thirc: Iudv =uv-— jvdu .
Ta co: jxe"dx = jxd(ex)z xe* —jexdx =xe'—e"+C.

(S¢ Bic Giang 2019) Cho hai ham s6 F(x), G(x) xéc dinh va c6 dao ham lan luot 13 f(x),

g(x) trén R. Biét F(x).G(x)=x"In (x2 +1) va F(x)g(x)= xzzil . Tim ho nguyén ham cta
f(x)G(x)
A (¥ +1)In(x*+1)+22" +C. B. (x* +1)In(x* +1)-2x" +C.
C. (x2+1)ln(x2+l)—x2+C. D. (x2+1)ln(x2+l)+x2+C.
Loi gii
Ta co:
[ £()G(x)dr=[G(x)d(F (x))
= G(x).F(x)—J.F(x)d(G(x)) = G(x).F(x)—J.F(x)g(x)dx.
& jf(x)G(x)dx=x2 ln(x2 +1)—jx22)ildx= x’ ln(x2 +1)_I(2x_x22j-ljdx=

x’ ln(x2 +1)—)¢2+J‘x21+1d(x2 +1) =x’ ln(x2 Jrl)—x2 +ln(x2 +1)+C

=(x2 4—1)111()c2 4—1)—x2 +C.
(x2+a)2

Cho biét F(x) =%x3 -t 1 mot nguyén ham cia f(x)= ——. Tim nguyén ham cia
x x

g(x)=xcosax.

A. xsinx—cosx+C B. %xsian—icostvLC

C. xsinx+cos+C D. %xsin2x+%cos2x+€
Léi gidi
Chon C
2 2
. L)
Ta co F(x):x2+2+?: >
2 2
q (¥*+a)
Do F(x) la mdt nguyén ham cta f(x)= ——nén a=1.
x

Ig(x)dx=fxcosxdx
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o lu=x du =dx
bat = .
dv = cos xdx y=sinx

fg(x)dxzjxcosxdx=xsinx—fsinxdx=xsinx+cosx-|—C

(2x2+x)lnx+l

Ho nguyén ham ctia ham s6 y = la
X
A. (x2+x+l)1nx—%2+x+c. B. (x2+x—l)1nx+x72—x+C.
C. (x2+x+l)1nx—%2—x+C. D. (x2+x—1)lnx—x72+x+C.
Loi giai
2
Ta ¢6: j(zx +x)lnx+1dx=j(2x+1)1nxdx+j dx=1,+1,.
u=Inx du=ldx
J.(2x+1 )Inxdx. Dat{ x .
dv= 2x+1 v=x2+x
1
I, (x +x)lnx—_“ x’ );dx (x +x)lnx—I x+1 dx

(x +x)lnx—7—x+C.
1, =.[ldx=lnx+C2 .
X

J.(2x2 +x)lnx+1

dx=1+1,
X
2 2

=(x2 +x)lnx—x?—x+C1 +Inx+C, =(x2 +x+1)lnx—%—x+C.

Dang 4.2 Tim nguyén ham c6 diéu kién

1 ,
(Ma 104 2017) Cho F(x) = 1a mot nguyén ham cua ham s6 /(%) . Tim nguyén ham ctia
X X

ham sé f'(x)Inx.

Inx 1 Inx 1
A. If 1Hde (?+x—2j+c B. J.f ln dx-7 2—x2+C
Inx 1 Inx 1
C. 1 dx=—| —+— |+C D. ln dx—— —+C
_[f nx (xz +2x2j+ If .
Loi giai
Chon C
1 f(x) 1 1
Ta co: dx=—->.Chon f(x)=—.
j X 2x2 ¢ f( ) X
1nx du:%
Suy ra Inxdx=|—Inxdx. Dit = *
Y '[f I dv:%dx y -1
x ==
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Cau 92.

Cau 93.

Cau 94.

Khi d6: [ f"(x)Inxdx = jln—xdx_—ln—xj dr= [ln—ﬂziz}c.
X X

, X
(M3 105 2017) Cho F(x)= —3—13 1a mot nguyén ham cta ham sé /) . Tim nguyén ham cia
X X

ham s6 f’(x)lnx

1 Inx 1
1 xd ——+—+C B. l xdx =— ==+ +C
'[f fex X 5x° -[f e X 5x°
C. jf lnxdx _ln_x_i_i C D. jf lnxclx—ln—+L C
37 ¥ 3

Loi giai
Chon C

Taco F'(x)=7 Ecx) (x)zx.p'(x)zx.[_%.xsj 1o

= f’(x)z—3x41 = f’(x)lnx =-3x"Inx
Vay j f/(x)Inxdx = j(—3x’4 lnx)dx = —3jln x.xtdx

-3
bit u=Inx;dv= x*dx:du—dx,v—x—
x -3
Inx lnx Inx 1
N 1 dx =-3|Inxx*dx=-3 —d “dx = +—+C
enJ.f n xdx Inxx x ( j j ey xdx 5 T30

(M3 110 2017) Cho F(x)=(x—1)e" la mdt nguyén ham ctia ham s6 f'(x)e**. Tim nguyén ham
ciia ham s6 f7(x)e™.

A. [ f'(x)edx=(4=2x)e" +C B. [ f'(x)e"dr=(x—2)e" +C
C. If’(x)e“dxz 2;xex+C D. jf’(x)ez"dxz(Z—x)ex+C
Loi gii

Chen D

Theo dé bai ta co [ f(x).e*dx=(x~1)e"+C. suyra f(x)e* =[(x-1)e'] =" +(x-1).¢’

= f(x)=e " +(x—1)e " =xe " = f/(x)=(1-x)e"

Suyra K = [ f'(x)e*dx = [(1-x)e'dr = [(1-x)d(e") =e"(1-x)+ [e'dx = (2-x)e"+C.

Cho ham s f(x)théaman f'(x)=xe"va £(0)=2.Tinh £ (1).

A. f(1)=3. B. f(1)=e. C. f(1)=5-e. D. f(1)=8-2e.
Loi giai

Ta co:

= If'(x)dx = Ix.exdx

U=x du =dx
bat { —){ —>f(x):x.ex —J.exdx:x.ex —-e'+C

dv=e"dx y=¢"
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Theo dé: f(0)=2<2=-1+C<C=3

:>f(x)=x.ex—ex+3

= f(1)=3.
(Chuyén Pai Hoc Vinh 2019) Cho ham s6 f(x) théa man f(x)+f'(x)=¢,VxeR va
£(0)=2. Tét ca c4c nguyén ham cia f(x)e™" 1a
A (x=2)e"+e"+C  B.(x+2)e™+e"+CC. (x-1)e" +C D. (x+1)e"+C
Loi gigi
Chon D

Taco f(x)+f'(x)=¢* < f(x)e" + ['(x)e* =1 @(f(x)e*)l =le f(x)e" =x+C,.
Vi £(0)=2=C =2= f(x)e™ =(x+2)e" = [ f(x)e’dx = [(x+2)e"dx.
5 {u=x+2 {duzdx
bat =
dv=e'dx *

v=e
:If(x)ezxdxzj(x+2)exdx =(x+2)ex—jexdx =(x+2)e" —e"+C=(x+1)e" +C.

(Viét Dirc Ha Ni 2019) Cho ham s6 y=f(x) thoa man f'(x)=(x+1)e", £(0)=0 va
[ £ (x)dx = (ax+b)e" +c v6i a,b,c la cic hing s6. Khi do:
A.a+b=2. B. a+b=3. C.a+b=1. D.a+b=0.

Loi giai

Theo dé: f'(x)=(x+1)e". Nguyén ham 2 vé ta dugc

jf'(x)dxzj(x+1)e"dx<:>f(x):(x+1)ex—Je*dx
= f(x)=(x+1)e"—e" +C=xe"+C

Ma f(0)=0=0e"+C=0=C=0= f(x)=uxe".
:If(x)dxzjxexdx:xex—Iexdx:xex—ex+C:(x—1)eX+C.

Suyraa=1b=-1=a+b=0.

Cau 97.

(THPT Nguyén Thi Minh Khai - Ha Tinh - 2018) Goi F(x) la mot nguyén ham cua ham s6
f(x)=xe™. Tinh F(x) biét F(0)=1.
A. F(x)=—(x+1)e" +2. B. F(x)=(x+1)e ™ +1.
C.F(x)z(x+1)e’x+2. D.F(x)z—(x+1)e’x+l.
Loi gidi

u=x du =dx
bat = .

{dv =e "dx {v =—c"

Do d6 jxe’xdx =—xe " +Ie’xdx =—xe - +C=F(x; C).

F(0)=le—-e"+C=1<C=2.Vay F(x)=—(x+1)e™" +2.
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Ciu 98. (Sé& Quang Nam - 2018) Biét j xcos2xdx = axsin2x+bcos2x+C v6i a, b 1a cac sd hitu ti.

Tinh tich ab ?

A. abzl. B. abzl. C. abz—l. D. abz—l.
8 4 8 4
Loi giai
du =dx
U=x
bat = 1
{dvzcostdx vzzsian

. 1 . 1. 1 .
Khi d6 J.xcos2xdx =—xs1n2x——_|.s1n2xdx =—xs1n2x+lcos2x+C
2 2 2 4

1
=>a=—, b:l_
2 4
Va ab—l

ay g’

In(x+3
Cau 99. (Chuyén Ph Vinh - 2018) Gia s F(x) la mdt nguyén ham cua f(x)sz) sao cho
x

F(-2)+F(1)=0.Giatri cia F(-1)+F(2) bang

A. &ln2—éln5. B. 0. C. Zan. D. 21n2+§1n5_
3 6 3 3 6
Loi giai
Tinh dex
X
uzln(x+3) duzi
Dit i - x+3
dV:—2 _ 1
X v=——
X
Ta c6 jde=—lln(x+3)+j & Dhn(eed)tm 2| c=F(x0)
x’ X x(x+3) X 3 |x+3 e

Laico F(-2)+F(1)=0 <:>(%ln2+Cj+[—ln4+%lni+CJ=0 <:>2C=§ln2.

Suyra F(-1)+F(2)= ln2+lln2—lln5+llng+2C =£ln2—éln5.
3 2 3 5 3 6
Ciu 100. (THCS&THPT Nguyén Khuyén - Binh Duong - 2018) Goi g(x) 1a mot nguyén ham ctia ham
s6 f(x)=In(x-1). Cho biét g(2)=1 va g(3)=alnb trong d6 a,b 1a cic s6 nguyén duong

phan biét. Hay tinh gid tri cia T =34’ — b
A. T=8. B.T=-17. C.T=2. D. T=-13.
Loi gidi

5 {uzln(x—l) du:L
bat = 1
dv=dx

g(x)zIln(x—l)dxz(x—l)ln(x+l)—.|-i—jdx=(x—1)1n(x—l)—x+C

Do g(2)=1<1n1-2+C=1<C=3=g(x)=(x-1)In(x-1)-x+3
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Suyra: g(3)=2In2-3+3=2In2=In4 = a=1b=4=3a’-b’=-13
Ciu 101. (Sé Quang Nam - 2018) Biét j xcos2xdx = axsin2x+bcos2x+C v6i a, b 1a cac sd hitu ti.

Tinh tich ab ?
1 1 1 1

A. ab=—. B. ab=—. C.ab=—-—. D. ab=—.
8 4 8 4
Loi giai
du =dx
u=x
bat = 1
{dv=cos2xdx v=5sin2x

. | 1. 1 .
Khi d6 Ixcostdx=—xs1n2x——_[s1n2xdx =—xs1n2x+lcos2x+C
2 2 2 4

1
=>a=—, bzl.
277 4

1
Vay ab=—.
ay ]
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Chuyén dé 25 NGUYEN HAM

TAI LIEU DANH CHO HQC SINH GIOI MUC 9-10 PIEM

uyén ham ciia ham 4n hoic lién quan dén phwong trinh f(x),f (x),f’(x)

Dang 1. Bai toan tich phéan lién quan dén déng thirc u(x) £ (x)+u (x) f(x) = h(x)
Phwong phap:

D@ dang thay rang u(x) f (x)+u (x) f(x) =[u(x) f(x)]

Do d6 u(x) f (x)+u (x) f (x) = h(x) & [u(x) f ()] =h(x)

Suy ra u(x) f(x) = j h(x)dx

Tir day ta dé dang tinh duoc f(x)

Dang 2. Bai toan tich phéan lién quan dén biéu thurc 1 (x)+ f(x) = h(x)

Phwong phap:

Nhan hai vé voi e" ta duroe e*- f'(x)+e" f(x) =" -h(x) < [ e f(x) | =" h(x)
Suyra e* - f(x)= j e* - h(x)dx

Tur day ta dé dang tinh duoc f(x)

Dang 3. Bai toan tich phén lién quan dén biéu thuc £ (x)— f(x) = h(x)

Phuwong phap:

Nhan hai vé voi e taduroc e *- f (x)—e " f(x)=e - h(x) < [ f(x)] e h(x)
Suyra e f(x)= J.e"" - h(x)dx

Tir day ta dé dang tinh duoc f(x)

Dang 4. Bai toan tich phéan lién quan dén biéu thurc 1 (x)+ p(x)- f(x) = h(x)
(Phuong trinh vi phén tuyén tinh cap 1)

Phwong phap:

x)dx

A o K __zo »(
Nhan hai vé voi eI ta duogc

f' (x)'ej‘p(x)dx o p(x)'ej.p(x)dx f(x) _ h(x)'ejp(xm N [f(x)'ejp(X)dx:l _ h(x)'ejp(x)dv

Suym f)ee "t = [ P hx)d

Tur day ta dé dang tinh duoc f(x)

Dang 5. Bai toan tich phéan lién quan dén biéu thic £ (x)+ p(x)- f(x) =0
Phuong phap:

£ AC)
<)+p(x) W

Suyra [ L0 dx = s <o n) £l (o)

Chia hai vé v6i f(x) ta dyoc =—p(x)

Tir day ta dé dang tinh duoc f(x)
Dang 6. Bai toan tich phan lién quan dén biéu thirc 1 (x)+ p(x)-[f(x)]" =0

Phwong phap:
Chia hai vé voi [f(x)]" ta dugc % +p(x)=0< % =—p(x)
Suy ra j %dx = j p(x)dx = LG (n)] = j p(x)dx
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Tu day ta dé dang tinh duoc f(x)

Cau 1.

Cau 3.

(M3 103 2018) Cho ham sé f(x) théa man f(2)=—L va f'(x)=4x [f(x)]2 voi moi

xeR. Gia tri cia f(l) bing

AL B. - L c. - AL D. - L
400 40 400 10
Loi giai
Chon D

L I J S
mﬂ-“ CR

1 1
)=-—.
i AU T

s

Dof(2)=—%,néntac() C=-9.Dodo f(x)=-

(Chuyén Phan Bgi Chau - Nghé An - 2020) Cho ham s y = f(x) dong bién va c6 dao ham
lién tyc trén R thoa man (f’(x))2 =f(x)e', VxeR va f(0)=2.Khido f(2) thuc khoang

nao sau day?
A. (12;13). B. (9;10). C. (11;12). D. (13;14).

Loi giai
Chon B
Viham s6 y = f(x) dong bién va c6 dao ham lién tyc trén R dong thoi £(0)=2 nén f'(x)>0

va f(x)>0 véi moi x e[0;+00).

Tir gia thiét (f’(x))2 = f(x)e", VxeR suyra f'(x)= f(x).eg, Vx €[0;+00).

Do do, f’(x) =le§, Vxe[0;+00).
2f(x) 2

Ly nguyén ham hai vé, ta dugc [/ (x) =e? +C, Vx €[0;+») véi C 1a hing s6 nao do.
Két hop voi f(0)=2, taduge C=+2-1.

Tir do, tinh duge £ (2)=(e++2-1) ~9.81.

(Chuyén Thai Binh - 2020) Cho ham s6 y=f(x) théa man f(2)=—-— va

f'(x)=x"f*(x) VxeR.Giatrcia /(1) bang

A -2 B. L. C. 1. p. -2
3 2 = 4
Loi giai
Chon C

Ta co f’(x)=x3f2 (x)<:> jfp;(();)) =x :I;;((i))dx=jx3dx<:>—f(1x) =%4+C.
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4 19 16 3 4
3 2 [ f— _ =—, = — .
Ma f(2) 19:>4 4+C:>C 1 Suyra f(x) 3
Vay £(1)=-1.

(Ly Nhan Téng - Bic Ninh - 2020) Cho ham s6 y = f(x) lién tuc trén R\{-1;0} thoa man
diéu kién: f(1)=-2In2 va x.(x+1).f"(x)+ f(x)=x*+x. Biét f(2)=a+b.In3 (a, beQ).
Giatri 2(a’+b”) Ia

A2 B.O. c.3. p. 2.
4 = 4 2
Loi giai
Chon B

Chia ca hai vé ctia biéu thirc x.(x+1).f'(x)+f(x) =x>+x cho (x+1)2 ta co

= ] -

x+1 x+1 x+1°

x 1
mf (X)+(x+1)

T PV B JEPOTRS DR S SO U U N
Vay x+1~f(x)_j|:x+l~f(x):ldX—J.de—J-Kl x+1}b X ln|x+1|+C.
Do f(1)=-2In2 nén ta co %.f(1)=1—1n2+C<:>—1n2=1—1n2+C<:>C=—1.
x+1
Khi @6 =——(x-1 1|-1).
ido f(x) , (x n|x+1| )

Vay ta c6 f(2)=%(2—1n3—1)=%(1—1n3)=%—%1n3:>a— 3, b 3

Suy ra 2(a’+b") = 2{(%)2 +(_%ﬂ 9

(Hai Hau - Nam Dinh - 2020) Cho ham s6 y = f(x) théa man f(x)<0,Vx>0 va c6 dao ham

f"(x) lién tuc trén khoang (0;+c0) théa man f'(x)=(2x+1)f*(x),vx>0 va f(1)= —%. Gia

tri ctia bieu thiee f(1)+ /(2)+...+ /(2020) bang

A 2020 g, 2015 c. 2019 p, 2016
2021 2019 2020 2021
Loi giai
Chon A
Ta co:
: f'(x) ['(x) Lo
f(x)=(2x+1) *(x) =2x+1= [Hdx=[(2x+1)dx = - =x"+x+C.

Méf(l):—%:CzO:f(x): -1 11

X +x x+1 x
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1
f(l)—g—l
11
/(=33
11 12020
f(3)_4 3 = f(1)+f(2)+...+ £(2020)=-1+ 5051~ 2001
1 1

Chu 6. (Bic Ninh 2019) Cho ham s6 y=f(x) lién tuc trén R\{-1;0} théa man f(1)=2In2+1,
x(x+1) 1" (x)+(x+2) f(x) = x(x+1), VxeR\{—l;O}. Biét f(2)=a+bIn3, véi a, b 1a hai

$6 hiru ti. Tinh T =4 —b.
-3 21 3

A T=_2. B.T==. C.T= D.T=0.
16 16 2
Loi gii
Chon A
Ta co x(x+l)f’(x)+(x+2)f(x)=x(x+1)
x+2 : x(x+2 2
<:>f'(x)+x(x+l)f(x)=l @ﬁf'(m(ifl))f(x):ﬁ

2 ' 2 2 2
c{ al f(x)} =xx+1 <:>xx+1f( x)= Tldx @mf( )z%—x+ln|x+l|+c

<:>f( ) xx+l[?—x+ln|x+l|+c]

Taco f(1)=2In2+1 < c=1.

3
x+1 303 97y
Tudé f(x)="5 ——x+ln|x+1|+1 f(2)==+=In3. Nén :
2|2 4 4 bzg
4
3
Viy T=a’-b=——.
v 16

Cau7. (THPT Nguyén Trii - Pa Niing - 2018) Cho hs y = f(x) théa man y'=xy* va f(-1)=1 thi
giatri £(2) 1a

A. e, B. 2e. C.e+l. D. ¢
Loi giai
! ' 3 £+
Taco y':xyzjizxzjjldx:_[xzdxc)lny=x—+(7<:>y=e3 ‘
y y 3

1

, —+ 1
Theo gia thiét f(~1)=1 nén ¢ ° C=1@c=§.
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Cau 10.
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o1

Viy y=f(x)=e? >.Dodé f(2)=¢.
(S¢& Ha Ngi Niim 2019) Cho ham s6 f(x) lién tuc trén R, f(x)#0 véi moi x va thoa man

7(1) =—%,f’(x)=(2x+1)f2 (x) Biét F )+ £(2) .t £(2019) =21 voi

a,be N,(a,b) =1 .Khéng dinh nao sau day sai?

A. a-b=2019. B. ab>2019. C.2a+b=2022.  D.b<2020.
Loi gidi

=2x+1 :I%();)dxz.[@erl)dx

I (x) )

Thay x =1 vao (1)duoc 2+C=—L1 & C=0.Vay f(x)=———.

2
1 1) (1 1

T:f(l)+f(2)+...+f(2019)=[E—Ij+[———j+...+

1 1 1
- | ==1+—.
2020 2019 2020

a=1

= a—b=-2019 (Chon dap s6 sai).
b=2020

Suy ra: {

(THPT Chuyén Lé Hong Phong Nam Pinh 2019) Cho ham s6 y = f(x) lién tuc trén (0;-+o0)
thoa man 2x/"(x)+ f(x)= 3x*/x . Bidt 7 (1) =%. Tinh f(4)?

A. 24. B. 14. C. 4. 16.

Loi giai

IS

Chon D

Trén khoang (0;+oo) ta co: 2xf'(x)+f(x)=3x2x/;<:>\/;f'(x)+#=%x2.
X

= (\/;f(x)) =§x2 = I(x/;f(x)) dx :J.%xzdx_

:>\/;.f(x)=%x3+C. (*)

2
Ma f(l)z%néntir (*) co: \ﬁ.f(l):%.f+C@%=%+C©C=o:>f(x)=x ;/;
2
Vay f(4)=2 f:m.

(Chuyén Thai Nguyén 2019) Cho ham sb f(x)>0 véi moi xeR, f(0)=1 va
f(x)=x+1f"(x) véi moi x e R. Ménh d& nao duéi day dang?
A. f(x)<2 B.2< f(x)<4 C. f(x)>6 D. 4< f(x)<6

Loi gii

Facebook Nguyén Vuong® https://www.facebook.com/phong.baovuongTrang 5




NGUYEN BAO VUONG - 0946798489
HC RN YiC

F(x) Nx+1

Ma f(0)=1nén C=-2= f(x)=e""1? = f(3)=e*>6

Ta co:

dx<:>1n( ()) 2Wx+1+C

Cau 11. (Chuyén Lé Hong Phong Nam Binh 2019) Cho ham s6 y=f (x) co dao ham lién tyc trén

[2;4] va f'(x)>0,Vxe[2;4]. Biét 4x3f(x)=[f’(x)]3—x3,‘v’xe[2;4],f(2)=%. Gia tri cta

f(4) bang
A 40J§—1' B 20\/5—1' C. 20\/5—1' D. 40J§—1.
2 4 2 4
Loi giai

Ta co: f'(x)>0, Vxe[2;4] nén ham s yzf(x) dong bién trén [2;4] :>f(x)2f(2) ma
f(2)=%. Do do: f(x)>0,Vxe[2;4].
Tir gia thiét ta co: 4xf [f ] —x3c>x3[4f(x)+l]=[f'(x)]3

< x3f4f(x)+1 zf'(x)<:>&=x

34f(x)+1
) d[4r()+1] 3, X
Suy ra: dex I I{/ﬁ <:>§ [4f(x)+l} —7+C.

f(2)=%<:>%=2+€<:>C=—%.

B(xz—l)T -1 B

Ciu12. (Chuyén Thai Binh 2019) Cho f(x) 1& ham s6 lién tuc trén R thoa man
f(x)+f'(x)=x,vxeR va f(0)=1.Tinh f(1).

Vay: f(x)=

A2 B. L. C.e. D. <.
e e 2
Loi gii
f(x)+f"(x)=x 1.

Nhan 2 vé cta (1) véi e* taduge e”.f(x)+e".f'(x)=

Hay [ex.f(x)]’ =xe" =>e".f(x)= Ix.exdx.
Xét I=J.x.exdx
u=x=>du=dx
ba ! .
{e”dx=dv:>v=e”
I=J-x.exdx=x.ex—jexdx=x.ex—ex+C. Suyra e*f(x)=xe"—e"+C.

Theo gid thiét £(0)=1nén C=2 = f(x) =" *2 r(1)=2.
(S €
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TAI LIEU ON THI THPTQG 2021
Cau 13. (THPT NGHIA HUNG ND- GK2 - 2018 - 2019) Cho ham sb f(x) théa man

[x/"(x)] +1=x*[1- £ (x).f"(x)] v6imoi x duong. Biét f(1)= f'(1)=1.Giatr f>(2) bing
A. f2(2)=+2In2+2. B. f?(2)=2In2+2.
C. f7(2)=m2+1.  D. f*(2)=vIn2+1.
Loi giai
Taco: [ (x)] +1=x*[1- £ (x)./"(x)]; x>0
o2 [f(0)] +1=2[1-f(x).f"(x)]
e[/ + 5 =1/ (1)1

[T +(x)"(x)=1-~

@[f(x).f'(x)]':l—%
Do do: J-[f(x).f'(x)]'.dx=I[l—%}dx:f(x).f'(x)=x+i+cl.
Vi f(1)=f'(1)=1=1=24¢, & ¢ =-1.

Nén J‘f(x).f'(x).dx=f[x+i—lj.dx e [£(x)d(f(x)) =j(x+l—1j.dx

X
2 2
:fT(x)z%+lnx—x+cz. Vi f(1)=1:>%=%—1+c2 e =1
2 2
vay z(x)=%+lnx—x+1:>f2(2)=2ln2+2.

Ciu 14. (Chuyén Bic Ninh 2019) Cho ham sé f(x) thoa man (/'(x))* + f(x).f"(x)=x*—2x, VxeR
va f(0)= f'(0)=1. Tinh gia tri ctia T = f*(2)

s B. 10 c® p. 2
30 15 =15 15
Loi giai

Co (f' () + f(x0).f"(x)=x" =2x & (f(x).f'(x))' = x" —2x
S F(x).f'(x) = j (x* —2x)dx = %x“ -¥*+C

Tx f(0)=f'(0)=1.Suyra C=1. Vay f(x).f'(x)zix4—x2+1
- A . 1, 2 2 | 2
Tiep, co 2f(x).f'(x)=5x “2x"+2<(f (x))'=5x —2x"+2
<:>fz(x)zj(lx4—2x2+2)dx=ix5—2x3+2x+C
2 10 3
N A 2 1 5 2 3
Tx f(0)=1.Suyra C=1.Vay [ (x)=ﬁx —gx +2x+1.

Do d6 T=£
15
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Cau15. (S6é Binh Phuéc 2019) Cho ham sé f(x) lién tuc va c6 dao ham trén (O;%j, théa man

cos’ x

f(x)+tanx.f"(x)= Y Biét ring \/gf(%j—f(%jzaﬁ 3+bIn3 trong d6 a,beQ. Gia

tri cia biéu thirc P =a+b bang

A. E B. _2 C. z D. —i

9 9 9 - 9

Loi giai
Chon D
, X ) , X
tan x. = : : = ,
f(x)+ anx.f (x) o' % <:>cosxf(x)+smxf (x) .
@[sinx.f(x)}lz *
cos’ x

, ) r X ) B X

Do d6 J.[smx.f(x)] dx-J.COS2xdx :>s1nx.f(x)—_|.coszxdx
X
Tinh [ =|———dx.
i J.coszx
uU=x
Pit & ==Y Khide
dv= > v=tanx
cos” x
X d(cosx)

I=J. 5 dx=xtanx—jtanxdx=xtanx+j—dx=xtanx+ln|cosx|.

cos” x coS X
Suy ra f(x)zx.tanx?kln|cosx|= X +ln|f:osx|_

sin x coS X sin x

an 3+b1n3:ﬁf(%J_f[%j:\/5(2?”_2\1/%2)_[%\/3*‘21“?}

57r\/§ a=

5 —In3. Suyra "9
b=-1

4
Vay P:a+b=—§.

Ciu 16. (THPT Yén Phong S6 1 Biic Ninh 2019) Cho ham s6 y=f(x) dong bién trén (0;+);
y=/f(x) lién tuc, nhin gid tri duong trén (0;+«) va thoa man f (3)=g va
[/'(x)] =(x+1)./(x). Tinh f(8).

A. f(8)=49. B. f(8)=256. C. f(8)=—. D. f(8)=—.
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TAI LIEU ON THI THPTQG 2021
Loi giai

Chon A
Ta c6 voi Vxe(0;+oo) thi y=f(x)>0; x+1>0.

Ham sé y = f(x) dong bién trén (0;+00) nén f'(x)20,Vx e (0;+).

Do d6 [f’(x)]2 =(x+1)f(x) e f1(x)={(x+1) f(x) = \7% =J(x+1).

Suyraj.j%dx:f1/(x+l)dx 3\/%:%1,()6'4—1)3 +C.

Vi f(3):g nén C=§—§=—2.

Suy ra f(x):(é (x+1)3—2j ,suyra f(8)=49.

Caul7. Cho ham s f(x) théa man f(1)=2 va (x2+1)2 7'(x)=[£(x)] (+* -1) véi moi xeR. Gia
tri ciia f(2) bang

A2 B. 2 c.-2 D.2
5 5 2 2
Loi gii
Chon D
x2 —

—12>O vO1 moi xe(l;2].
(x2+1)

Do do f(x)zf(l)=1>0 v&i moi xe[l;2].

Tur gid thiét ta c6: f'(x)= [f()c)]2 .

Xét véimoi x € [1;2] ta co:

1) () = £ T (52 - @f’(x): x -1 = /() = x* -1 )
(& +1) 1 (x) =1 ()] (x* 1) T Iﬁ( dx I(x2+1)zdx

F(%) (x41) x)
1 1
LG D SR A(C) D d(“x):_ L,
Frgy™ I(Hljzdx Vo™ I(Hljz O
Ma f(1)=1=1=1+C < C=0. Vay f(x)=x2+l f(2)=§

Cau18. (Chuyén Nguyén T4t Thanh Yén Bai 2019) Cho ham s6 y = f(x) c6 dao ham lién tuc trén
khoang (0;+), biét f'(x)+(2x+1) f7(x)=0, f(x)>0, Vx>0 va f(2)=é. Tinh gi4 trj cua

P=f(1)+ f(2)+..+ £(2019).

A 2021 g, 2020 c. 2019 p, 2018
2020 2019 = 2020 2019
Loi giai
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Cau 19.

THI: f(x)=0= f'(x)=0 tréi gi thiét.

TH2: £(x)%0 = f/(x)=(2x+1).1 () :»j{'(") :_(zx+1).:j%dx:_j(zx+1)dx

*(x) )
-1
:>f(x)——(x2+x+C)
Ta co: f(2):l =>C=0= f(x)= L | _
6 X+x x x+1
—p-l L 1L L _2019

172727377 200 2020
Cho ham sb y= f(x) co dao ham lién tyc trén doan [-2;1] théa man f(0)=3 va
(f(x))-f"(x)=3x> +4x+2. Gid tri 16n nhét cia ham s y = £ (x) trén doan [-2:1] 1a
A. 2342 B. 23/15. C. Y42, D. 15.
Loi giai
Ta co: (f(x))2 S(x)=3x"+4x+2 (%)
Lay nguyén ham 2 vé cta phuong trinh trén ta dugc

I(f(x))z .f’(x)dx =I(3x2 +4x+2)dxc> J.(f(x))2 d(f(x)) =X +2x" +2x+C
(£ (=)
3

= =x3+2x2+2x+C<:>(f(x))3=3(x3+2x2+2x+C) (l)

Theo d& bai £(0)=3 néntir (1) ta ¢ (£(0)) =3(0+2.0° +2.0+C) 27=3C = C=9

:>(f(x))3 =3(x3 +2x +2x+9) = f(x)= {/3(x3 +2x +2x+9).

Tiép theo chiing ta tim gié tri 16n nhat cia ham s6 y = f (x) trén doan [—2; 1].

CACH 1:

Vi X’ +2x* +2x+9=x7 (x+2)+2(x+2)+5 >0,Vxe [—2;1] nén f(x) c6 dao ham trén [—2;1]

3(3x% +4x+2 2
va f'(x)= rirace?) | aedd >0, Vxe[-21].

) 3§/[3(x3 +20 +2x49) | §/[3(x3 +20 +2x49) |

=Ham s6 y = f(x)ddng bién trén [-2;1] = I[I_lgl)](f(x) =f(1)=v42.

Vay I[l}ff](f(x)zf(l):342'

CACH 2:
2Y 2) 223
f(X)={/3(x3+2x2+2x+9) :\/3(x+§j +2(x+§j+7.

2Y 21,223 g
Vicachamso y=3 x+§ ,y=2 x+§ +T dong bién trén R nén ham so
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Cau 20.

Cau 21.

Cau 22.

TAI LIEU ON THI THPTQG 2021

2Y 2 o ) .
y=i/3(x+§j +2(x+§j+% cling dong bién trén R. Do d6, ham so y:f(x)déng bién

trén [—2;1].

Vay I[l}za}f]if(x)zf(l)=342.

(P& Thi Céng Bing KHTN 2019) Cho ham sd f(x) thoa min f(I)=4 va
F(x)=xf"(x)-2x* —3x> véimoi x>0.Gia tri cia f(2) bang
A. 5. B. 10. C. 20. D. 15.
Loi gisi
L) —x.f'(x)  —2x° —3x° '
f(xX)=xf'(x)==2x -3x> & S ) zxf () =2~ > 3x @{f(x)} =2x+3
X X X
Suy ra, %x) 1a mot nguyén ham ctia ham s6 g(x)=2x+3.

Taco [(2x+3)dr=x"+3x+C, CeR.

Do do, S _ x* +3x+C,, (1) v6i C, € R nao do.
X
Vi f(1)=4 theo gia thiét, nén thay x =1 vao hai vé ctia (1) ta thu dugc C =0,trdo
f(x)=x"+3x>. Vay f(2)=20.
(Sé Béc Ninh 2019) Cho ham sd f(x) lién tuc trén R théa man cac didu kién: f(O) = 2x/§,

f(x)>0, VxeR va f(x).f(x)=(2x+1)1+ f*(x), VxeR.Khido6 giatri /(1) bang

A. 26 B. \/24. C. 15, D. V23
Loi giai

aco f(x).f'(x)=(2x+ +2x<:>M= x+1).

Taco f(x).7(+)=(2x )17 x) 1+fz()@ )
1+f

Y EACI AL P FE I VDN
Suy ‘[1+f() I?_ 1)dx jz\/ﬁ

Theo gid thiét £'(0)=2v2, suyra \[1+(2V2) =C & C=3.

J.2x+1)dx<:> 1+ f2(x)=x"+x+C.

Voi C=3 thi 1+ 2 (x) =x* +x+3= f(x) = (x> +x+3) 1. Vay £(1)=+24.
(Cin Tho 2018) Cho ham sé f(x) thoa man [ f'(x)] + /(x)./"(x)=2x* ~x+1, VxeR va
£(0)=#"(0)=3. Gid tri ctia [ f(1)] bing

19

A. 28. B. 22. C. - D. 10.

Loi giai
Ta co [f(x)f'(x)]l =[f'(x)]2 +f(x)f"(x).

Do d6 theo gia thiét ta duoc [f(x)f’(x)]r =2x" —x+1.
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Cau 23.

Cau 24.

2

Suy ra f(x)f’(x)=§x3—x?+x+C.Honnfra £(0)=f"(0)=3 suyra C=9.

Tuong tu vi [fz (x)], =2f(x)f'(x) nén [fz (x)}’ —2[§x3 —72+x+9J Suy ra

2 3
fz(x)=j2(§x3—?+x+9jdx=%x4—%+x2+18x+C,cﬁngvi f(0)=3 suyra
3
fz(x):%x4—x?+x2+18x+9. Dodo [ f(1)] =28.
(Chuyén Lé Hong Phong - 2018) Cho ham sb f (x) c6 dao ham trén R thoa mén

(x+2) f(x)+(x+1) f"(x)=¢" va (0 ):— Tinh f(2).

A. f(2)= B. f(2)= C. f(2)=%~ D. f(2)=

Loi giai

N o

g.

Ta co

(x+2) f(x)+(x+1) f'(x)=¢" = (x+1) f(x)+ f(x)+(x+1) f'(x)=¢"

e[ (x+1) £ (x)]+[(x+1) £ ( x],ze"<:>ex[x+1 f(x)]+e [(x+1) f(x)] =€™
)=

oo (x1) £(x)] =¥ = [ (r+1) £ (x) [dr= [ ¢ (x+1) £ (x %e2x+C
Ma £(0 ):i = C=0.Vay f(x)= ;xe;
Khido f(2)= %

(Lién Trudng - Nghé An - 2018) Cho ham s y = f(x) lién tuc trén R\{0; —1} théa man diéu
kién f(1)=-2In2 va x(x+1)./"(x)+ f(x)=x>+x.Gidtri f(2)=a+bIn3,véia,beQ. Tinh

a’ +b*.
AE B. . c.2. p. 13
4 2 2 4
Loi giai

Tur gid thiét, ta cé x(x+1).f"(x)+ f(x)=x"+x < L.f’(x)Jr -
x+1 (x+1)

X Cx ..
@{—f(x)} =m,vm Vxe]R\{O; —1}.

x+1

Suyra—f I—dx hay—f( )—x—ln|x+1|+C.

Mit khac, tacé f(1)=-2In2 nén C =-1. Do d6 —f( )=x-In|x+1]-1.
x+1

2 3 3 3 3
Vo6i x=2thi —.f(2)=1-In3 < f(2)=———In3.Suyraa=—va b=——.
* 3/ (2) /(2)=3-3 yra=y 2
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Cau 25.

Cau 26.

Cau 27.

TAI LIEU ON THI THPTQG 2021

Vay a* +b* =§.

(THPT L& Xoay - 2018) Gia sir ham s6 y = f(x) lién tyc, nhan gi4 tri duong trén (0;+00) va
théaman f(1)=1, f(x)= f’(x).m, v6i moi x > 0. Ménh dé nao sau day dung?
A.2< f(5)<3. B. 1< f(5)<2. C.4<f(5)<5. D.3<f(5)<4.
Loi giai
Ta co

It IR YO T
T = DBt o f = s = [ =T g &

§\/3x+1+c

<:>J'd(ff((xx)))ZJ'\/3)1+1dx@lnf(x)zgm+C<:>f(x)=e

4 4

Ma f(1)=1 nén =1 <:>C:_§' Suyra f(5)=e® ~3,794.
(THPT Quynh Luwu - Nghé¢ An - 2018) Cho ham sé f(x)#0 théa man diu kién
f(x)=(2x+3) f*(x) va F(0)=—=. Biét rang tong

f(l)+f(2)+f(3)+...+f(2017)+f(2018)=% v6i (acZ,beN') va % Ia phan s6 t6i gian.

Ménh dé nao sau day ding?
a a

A.E<—l. B.E>1. C. a+b=1010. D. b—a=3029.
Loi gidi
Taco f/(x)=(2x+3) 12 (x) L) _oci3
S (%)
@dex=.[(2x+3)dx<:>— L _iseec
/(%) /(%)

Vi f(O)=—%:C=2.

1 _ 1 3 1
(x+1)(x+2) x+2 x+1°

Vay f(x)=-

1 1_ 1009

Do d6 f(1)+f(2)+f(3)+...+f(2017)+f(2018)=M—5= 2020

Vay a=-1009; b=2020.Do d6 b—a=3029.

4 2

(THPT Nam Trye - Nam Binh - 2018) Cho ham sé £(x) %0, f(x)=—2> 1 £2(x) va
X
f(l)=—%. Tinh £(1)+ £(2)+..+ £ (80).
A 220 B 2%, c. - &% p. 220
6481 6481 6481 6481
Lo gidi
, 3xt+xr =1 f(x) 3x*+x*-1
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f’(x) 3xt+xP -1 d( (x)) 3xt+x’ -1
dx = dx = dx.
Py gl
d( (x)) ( 2 lj -1 3 1 -1

S |—57—="=||+-F|dr & ——=x"+x+—+C & f(x)= +C.

-[ f (x) -[ X f(x) X ( ) x3+x+l

X
1 —X _1 11

Do f(l)=—§:>C=0:>f(x)=x4+x2+1 - 2(x2+x+l xz—x+1j'

N A R 10 U A PR T R AT it v
f(1)=5 3171 ,f(2)_2(7 3j’f(3) 2[13 7}"’“80) 2(6481 6321}

1 1 1 3240
f(1)+f(2)++f(80)= —E 5 @: —@

Ciu 28. (S¢ Ha Tinh - 2018) Cho ham s6 f'(x) dong bién c6 dao ham dén cép hai trén doan [0;2] va

thoa man [ £ (x)] ~ f (x)./"(x)+[ f"(x)] =0.Biét f(0)=1, f(2)=¢’. Khido f (1) bing

3 5

A. e, B. ¢’. C.e2. D. ¢’.
Loi giai
Theo dé bai, ta c6 [ f(x ] —f(x) () [ (x ] :f(x).f"(x)—[zf'(x)] .
[/ (x)]

= f’(x)’: :>f,(x)=x+ =1n x:x_2+ X+
[ }1f(x) C=Inf(x)="+Cx+D

Ma {f(o):16<:>{ci2.8uyra: f(x)ze%m:f(l)zeg.

r)=¢ 7 1p=0
Ciu29. Cho ham s6 y=f(x) lién tuc trén R théa man f'(x)+2x.f(x)=e¢™, VxeR va f(0)=0.

Tinh f£(1).

1 1 1
A f(1)=¢. B. f(l):—g. C. f(1)=e—2. D f(1)=E

Loi gidi

Chon D
Ta co

!

f1(x)+2xf (x)=e™ o f1(x)+2xe” f(x) =1 (ef . f(x)) =1.

x+C

Suy ra J‘(exz.f(x)),dxzj‘dx@exz.f( )=x+C= f(x)="—

X

(&

Vif(O)zO:CzO.

Do dé f(x)=

1
(1)=-.
Cau 30. Chohamsd y=f(x) théaman f'(x).f(x)=x"+x*.Biét /(0)=2.Tinh 7(2).
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Cau 31.

Cau 32.

TAI LIEU ON THI THPTQG 2021

D. 12 (2)=22

3
15

A (2= B r2)=22  c () 23

15

Chon B

Tacod [ f'(x).f (x)dx=[(x"+x*)dx+C :fT(x)zx?5+%3+c.

Do f(O)=2 nénsuyra C=2.

32 8 332
Vay f2(2)=2| =+-+2 |=22.
iy f(2) [5+3+j 15
(Chuyén Pai hoc Vinh - 2019) Cho ham s f(x) thoa man f(x)+f'(x)=e‘x,VxeR va

f(0)=2. Tat ca cac nguyén ham cia f(x)ezx la
A (x=2)e"+e"+C. B.(x+2)e™ +e"+C.
C. (x-1)e"+C. D. (x+1)e"+C.
Loi giai
Chon D
f(x)+f(x)=e < f(x)e" + f'(x)e" =1<:>(f(x)e"), =le f(x)e' =x+C".
Vi f(0)=2 nén C'=2.Dodé f(x)e* =(x+2)e". Vay:
[£(x)edr=[(x+2)edr = [(x+2)d(e")=(x+2)e" - [e'd(x+2)=(x+2)e" — [e'dr =
=(x+2)e"—e"+C=(x+1)e" +C.

Cho ham s6 y = f(x) c6 dao ham trén (0;+o0) thoa man 2xf"(x)+ f(x)=2x Vxe(0;+x),
f(1)=1. Gié tri cua biéu thiuc f(4) la:
A2 B. 2. c ..
6 3 6 3
Loi gidi
Chon C

Xét phuong trinh 2x/"(x)+ f (x)=2x (1) trén (0;+0): (1)<:>f'(x)+$~f(x)=l (2).
bit g(x)=i,ta tim mot nguyén ham G (x) cua g(x).

Ta c6 Ig(x)dxzj%dxz%lnx+C=lnx/;+C.Tach()n G(x)=Inx.

Nhan ca 2 vé cta (2) cho ¢ =/x , ta duoc: \/;-f'(x)+ﬁ-f(x):x/;

o (Vrs(x) =x (3).

4 , 4

Lay tich phan 2 vé cita (3) tir 1 dén 4, ta duoc: | (\/Z f(x)) dr = [xdx
1 1

4

= (\/;f(x))

:@Jx—j :2f(4)—f(1):%:f(4):%(%+1j=% vi F(1)=1).

1
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Vay f(4)=%7.

Ciu 33. (Chu Vin An - Ha Ngi - 2019) Cho ham s6 y = f(x) c6 dao ham lién tuc trén R va thda méan

didukien x°[ /'(x)] +27[ f(x)-1] =0,vxeR va f(1)=0.Gid tri cia f(2) bing

A. —1. B. 1. C.7. D. -7.
Loi giai
Chon D
PR 4 7(x) | A
T 27 -1] =0 e | ==
aco x [f (X)] + [f(x) ] <:>—3(f(x)—l){/f(x)—l 2 ©[3f(x)—1} 2

: ! (L=t 1 _1
Do do J.[Tx)_l]dx—fxzdx x+C. SuyraW X+C.
Co f(1)=0:>C=O.Dod(') f(x)zl—x3.
Khido f(2)=-7.

Cau 34. (Bén Tre 2019) Cho ham s6 f(x) thoa man: (f"(x)) +f(x)./"(x)=15x* +12x, VxeR va
£(0)=£"(0)=1.Giatriciia £ (1) béang

A. % B. 8. C. 10. D. 4.
Loi giai
Chon B

Theo gia thiét, Vx e R: (f'(x)) +£(x).f"(x)=15x" +12x
< f1(x).f1(x)+ f(x).f"(x) =15x" +12x

o[ f(x)./(x)] =15¢* +12x

& f(x).f'(x)=[(15x* +12x)dx = 35" +6x° + C (1).
Thay x=0 vao (1), ta dugc: f(0)./'(0)=C < C=1.

Khi d6, (1) trd thanh: f(x).f"(x)=3x"+6x" +1

1

1
= (lxé +2x° +xj
o \2

<:>—[f2(1)—f2(0)]=%<:>f2(1)—1=7<:>f2(1)=8.

o [ 1) ()= [ (35 4622 1) e > Bf (x)}

0 0

0

Trang 16 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021

Cau35. Cho ham s y=f(x) ¢6 dao ham lién tuc trén (L;+) va théa man

( ( ) ( )) Inx=x'— ( ), Vxe(1;+oo); biét f(i/g):3e. Gia tri f(2) thudc khoang
nao dudi day?
A. [12 Ej [13 2] C. (2 12) D. (14 §j

2 2 2 2
Loi giai

Chon C
Xét phuong trinh (xf'(x)—Zf(x)).lnx=x3 —f(x) (1) trén khoang (1;+):
1-2Inx :

=),

Inx

(1) o xInx.f'(x)+(1-2Inx).f (x)=x" < f'(x)+

xlnx
1-2Inx
xInx

Ta co J-g(x)dx=.|.1_2lnxdx J-l 21nxd(lnx):j(i—2Jd(lnx)

xlnx Inx

bat g(x)= . Ta tim mt nguyén ham G(x) cua g(x).

=In(Inx)-2Inx+C= ln(lnxj+C.

2
X

Ta chon G(x)=In (lnx)

2
X

Nhan ca 2 vé cia (2) cho e _Inx duoc: ln—zx-f’(x)Jr ——f(x)=1
X X

2 2

(Eij()j—1 & 0X f(0)=x+C (3).
Theo gia thiét, f(i/g) =3e nén thay x = e vao (3), ta dugc:

lns(%/f).f(i/g)=3/g+C©C—3\/7

3 3
Tur day, ta tim duoc f(x)zlx_zf(z)zlz_z'véy f(2) (% lzj
nx n

3e—3fe=0.

Ciu36. (Chuyén Nguyén Du-DikLik 2019) Cho ham sé f(x) c6 dao ham trén R théa man
5 g

3f ( ) —x’-1 fz( ) =0 v6i Vx e R . Biét f(0)=1,tinhtichphﬁn J.x.f(x)dx
X 0
VLY B. 2. c® D. 2.
2 4 8 2
Loi giai
Chon C
Ta co 3f’(x).ef3(x)_x2_l _fzz—zc) =0 3f7 (x).f'(x).efs(x) =2xe "
X

= J.3f2 (x).f'(x).efs(”)dx = I2x.ex2*ldx = fefz(x)d(ﬁ (x)) = fexz*‘d(xz +1) e/ e 4.
Mat khac, vi f(0)=1 nén C=0.
Dodé e ) =" o f(x)=x"+lo f(x)=Vx+1.
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ﬁ ﬁ 3/.2 lﬁS 2 2 3 2 3/.2
Vay [x.f(x)dx = [ x> +1dx =— 1d(x2 +1 =—[ )3 1]
ay'!‘xf(x) Ixx+ 2_([x+ (x+)8(x+)x+

0

48

0

Cau37. (SP Pong Nai - 2019) Cho ham s6 y=f(x) lién tyc va khong 4m trén R théa man
f(%)f"(x)=2xf*(x)+1 va £(0)=0. Goi M,m lan luot la gia tri 16n nhit va gia tri nho
nhit ciia ham s6 y = f (x) trén doan [1;3]. Biét rang gi4 tri ciia biéu thirc P=2M —m c6 dang
a\/ﬁ—bx/5+c,(a,b,c €Z).Tinh a+b+c
A.a+b+c=T7. B. a+b+c=4. C.a+b+c=6. D. a+b+c=5.

Loi giai
Chon A

: : ; f(x).0( f(x
Taco: f(x).f"(x)=2xyf (x)+1<:>— d 2xdx
o L L,
o (x)+1=x"+C.
Ma f(0)=0e C=1= [/ (x)+1=2 416 2 (x) = (2 +1) ~1=x" +24°

@f(x)zm(do f(x)ZO,‘v’xeR).
2x +2x
x* +2x7

Tacod: P=2M -m=6/11-3=a=6:b=1:c=0=a+b+c=7.

Cau38. Cho ham s6 y=f(x) lién tuc tren R\{-1;0} théa man f(1)=2In2+1,
x(x+1) /" (x)+(x+2) f(x) =x(x+1), Vx e R\{-1;0}. Biét f(2)=a+bIn3, véi a,b 1a hai s6
hitu ti. Tinh T =a”-b.

Taco: f'(x)= >0,vxe[1:3]= max f (x) = f (3):3x/ﬁ;r[111;i31]1f(x):f(1):\/§.

AT=2L B.7-2. C.T=0. Q.T:-i.
16 2 16
Loi gii
Chon D

Taco: x(x+1) f'(x)+(x+2) f(x)=x(x+1), Vxe]R\{—l;O}.

2

X , +x2+2x o= X
:>(x+1) (x) (x+1)2 (x) x+1

2

, ‘v’xeR\{—l;O}.

X’ L
3{ f(x)} =T vx e R\{-1;0}.

x+1
x’ x° , )
:>j x+1dx=x+1f(x)+C , Vxe]R\{—l,O}.

2
X , 1.
:I(x l+m)dx—x+1f(x)+C,Vxe]R\{ 1;0}.

2

x "_ X ’
:?—x+ln|x+l|+c _x+1f(x)+C.

x? x

—— = Vx e R\{-1;0¢.
:>2 x+1n|x+1|+C x+1f(x), X € \{ ,0}
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Cau 1.
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Taco: f(1)=2In2+1 va f(1)=-1+2In2+2C=>C=1.

2 2

X X
:7—x+ln|x+1|+1—x+lf(x).
:>f(2):%+%ln|3| va f(2)=a+b1n3:a=%,b=%:>T=a2—b=%—%=l_—2.

Cho ham sb y=f(x) lién tuc trén (O;+oo) thoa man 3x.f(x)—xz.f'(x)=2f2 (x), véi
f(x) #0,Vx e (0;+oo) va f(l) =%. Goi M, m lan luot 1a gia tri 16n nhat, gia tri nho nhét cua

ham s y=f(x) trén doan [1;2]. Tinh M + m.

A B. 2. c.> ..
10 10 =3 3
Loi giai
Chon C

Ta co: 3x.f(x)—x2.f'(x) =217 (x):>3x2.f(x)—x3.f'(x) =2x.f* (x)

. 3x%.f (x)—x".f"(x)

fz(x) =2x vi f(x);tO,Vxe(O;Jroo),

x3 ,_ x3 . 2
3[m} —2)(?:>m—-“ 2xdx=x"+C.

X
X+2

Ma f(1)=%3C=2:>f(x)=

3

X , _x4+6)c2
x*+2 4 (x)_(x2+2)2

Tacd: f(x)= >0,Vx e (0;+00).

3

Viy, ham s6 f(x) =—

dong bién trén khoang (0;+0).
x"+2

3
X

2

Ma [1;2] =(0;+) nén ham sb f(x)=

dong bién trén doan [1;2].

X +2

(Chuyén Thai Nguyén 2019) Cho F(x) 1a mot nguyén ham cua ham s6 f(x) =" (x3 - 4x).
Ham s6 F (x2 + x) c6 bao nhiéu diém cuc tri?

A. 6. B.5. C.3. D. 4.
Loi giai

Ta co F'(x) = f(x)

Facebook Nguyén Vuong<® https://www.facebook.com/phong.baovuongTrang 19




NGUYEN BAO VUONG - 0946798489
= F'(x2 +x) = f(x2 +x).(x2 +x), = (2x+1)(x2 +x)e(xz+x) ((x2 +x)2 —4)
= (2x + l)x(x + l)e(hx)2 (x2 +x— 2)(x2 +x+ 2)
=(2x+1)x(x+1)(x+2)(x —1)(x2 + X+ 2)e(x2+x)2 =0 xe {—2;—1;_71;0;1}

F'(x2 + x) =0 c6 5 nghiém don nén F(x2 + x) ¢4 5 diém cuc tri.

_ ] (1 +cos’ x)(sinx+ cot x) )
Cau2. (THCS-THPT Nguyen Khuyén 2019) Cho F (x) =I — dx va S latong
sin” x

tat cd cac nghiém ciia phuong trinh F(x)=F (%) trén khodng (0;47). Tong S thudc khoang
A. (67;97). B. (27;47). C. (4r;67). D. (0;27).
Loi gidi
Chon
- cé:F(x)zI(1+COS2 x)(sjnx+c0tx) x=I<1+cos x)sinx X+I 1+cos x cotx i
sin® x sin x sin® x
Goi _J. 1+c0s 4x)cotx _— _j(1+co'sz4x)smx
sin* x sin* x
Ta co:

e J. 1+cos x cotx x:J.(1+2cot2x)cotx

dx=-— 2cot’ x).d
T e X j(cotx+ cot x) (cotx)

_ cot’ x+cot X +C1-
2 2

(1+cos x)smx (1+cos x)smx
b= j sin” x _I (1 cos x)2

bat 1 =cos x, suy ra dt = —sin x.dx . Khi do:

1+7° 1+17° (1 1
S T e e [ (e 0

1( 1 1 j
=— + +C,
2\cosx—1 cosx+1

Do d6:

2 4
F(x)=A+B=l( 1 1 j_[cot x , cot XJ+C

dx

2\ cosx—1 cosx+1 2 2
Suy ra:
2 4
F(x)=F(£j<:>l( 1 N 1 j_ cot x+c0t X coc
2 2\cosx—1 cosx+1 2 2
1 1 2 4
= + —cot“x—cot"x=0

cosx—1 cosx+1

2cosx cos’x cos'x
+ + =0

sinx  sin’x sin'x
Véi diéu kién sinx # 0,
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cosx=0

* = 3
( ) 2+cosx+COS il

cosx=0

:0<:> 2(1—cos2 x)+cosx(l—cos2 x)+c0s3x=0

Sin- X

- cosx=0
cosx=0

= = 1—\/ﬁ

| —2cos’ x+cosx+2=0 COS x = ?

Theo gid thiét x €(0;47) nén x=%;x=%;x=%+27z;x=3§+27z;

x=a;x=a+2r;

x=pfx=p0+2rx.

Khi d6 tong cac nghiém nay s& 16n hon 97 .

(Chuyén Qudc Hoc Hué 2019) Cho ham s6 F(x) la mdt nguyén ham cia ham sb
f (x) =% trén khoang (0;7[) . Biét rang gia tri 16n nhat cia F (x) trén khoang (0;7r) la

\/5 . Chon ménh dé dang trong cac ménh dé sau.

A.F[%):3\/§—4 B.F(z—ﬂjzﬁ C.F(f)z—\@ D.F(S—”j:3—«/§

3 2 3 6
Loi giai
Ta co:
J-f(x)dx:JQcosx—ldx:zI COS X dx—j 1
sin® x sin® x sin® x
d(sinx) 1 2
I sin® x J.sinzx sinx+CO o

<A A 1a s s X 2cosx—1 | . o

Do F (x) la mot nguyén ham cua ham s6 f (X)ZT trén khoang (0;7:) nén ham so
sin” x
F(x) c6 cong thic dang F (x) =—_L+cotx+C voimoi x e(0;7).
sin x

Xét ham s F(x) =— +cotx +C xac dinh va lién tuc trén (0; 7[) .

sin x
2cosx—1
F' = e —
(1)= 1 (1) =225
Xét F'(x)=0<:>2C(,)S—2x_1=0c>cosx=l<:>x=iz+k27r (keZ).
sin” x 2 3

Trén khoang (0; 71') , phuong trinh F '(x) =0 c6 mot nghiém x =%

Bang bién thién:
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maxF(x):F(z):— 3+C
(0:7) 3

Theo dé bai ta co, —\/§+C=\/§C>C=2\/§.

Do @6, F(x)=—‘i+cotx+2\/§.
sin x

XCOoSx—sinx
2

Caud4. Biét F(x) la nguyén ham cia ham s f(x)= . Hoi d6 thi cia ham s6 y = F(x) ¢

X
bao nhiéu diém cuyc tri trén khoang (0; 47r) ?
A. 2. B. 1. C. 3. D. 0.
Loi giai
Chon C
Taco F'(x)= f(x):w trén (0;47).
X
F'(x): f(x)zwz 0 < xcosx—sinx =0 trén (0;471) .
X

bit g(x)=xcosx—sinx trén (0;47).

X=r
Taco g'(x) =—x.sinx=0& |x =27 trén (0;471') g

x=3r
Tir d6 ¢6 bang bién thién ctia g (x):

X 0 T X1 2n X3 3n X3 4z
g'(x) - 0 + 0 - 0 +

N = \ '

Vig (x) lién tuc va dong bién trén [7[; 27[] va g(ﬂ).g(27r) <0 nén ton tai duy nhat X € (72'; 271)

sao cho g(x,)=0.
Tuong twtacod g(x,)=0, g(x;)=0 véi x, €(27;37), x, € (37;47).

Tl bang bién thién cua g(x) ta thiy g(x) <0 khi x€ (O; xl) va x € (xz;x3); g(x) >0 khi

xE(xl;xz) va xE(x3;4ir). Dau ciia f(x) la ddu cua g(x) trén (0;47[).

Do d6 ta c6 bang bién thién ciia F(x) :
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x o X X2 X3 47

%) _ 0 + (0] - (0} +

FGo \ y / > \ By /

Viay ham sb y=F (x) c0 ba cyec tri.

(Chuyén - Vinh Phic - 2019) Biét F(x) la nguyén ham cua ham so f(x)

2
X
thi cia ham s§ y=F (x) co6 bao nhiéu diém cuc tri?

A. 1. B.2. C. v6 sb diém. D. 0.
Loi giai
Chon A

Vi (F(x))' = f(x) nén ta xét sy ddi dau cia ham s6 f(x) dé tim cuc tri ham s6 da cho.

Taxéthamsd g(x)=x—cosx,tacéd g'(x)=1+sinx>0Vx.
Vi vy g(x) 1a ham s6 dong bién trén toan truc sb.
Hon nira ta ¢6

do d6 g(x)=0 c6 duy nhat nghiém a e (—%,%) :

Ta c6 bang xét ddu

g'(x) +

glz) / 0

T —0d al 0

F'(z) = f(z) - 0 -

Keét luan ham s6 da cho ¢6 mot cuec tri.

_ X—COSXx

Hoi do

(Chuyén Lé Quy Dén — Pién Bién 2019) Cho ham sé y=/(x). Db thi cia ham sb

yv=f '(x)trén [—5;3] nhu hinh v& (phidn cong ctia d0 thi 14 mot phian cua parabol

y=ax’ +bx+c).
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Ay

Biét f(0)=0, gia tri ciia 2/ (—=5)+3/(2) bing

A. 33. B. 109 c. .

3 -3
Loi giai
Chon C
*)Parabol ) =ax’ +hx+c qua céac diém (2;3),(1; 4),(0;3),(—1; 0),(3; 0) nén xac dinh duoc
3

y=-x+2x+3, Vx>l suyra f(x) :—%+x2 +3x+C, . Ma

3

£(0)=0=¢ =0, f(x):—x?+x2+3x_

Co f(—l)z—g; f(2)=23—2 (1)

*)DJ thi f'(x) trén doan [—4;—1] qua céc diém (—4;2),(—1; ()) nén
f.(x):_?z(x—i—l): f(X):_?z[x?z-i-xj-i—Cz.

. 5 5 2( 1 -2(x* -14
Ma f(—l):—§c> C2:——+—(—Ej:—2:>f(x):?[%m]—z,hay f(—4)=T.

*) D6 thi f'(x) trén doan [—5;—4] qua cac diém (—4;2),(—5;—1) nén
2

f'(x)=3x+14:>f(x):%+14x+C3,

_14  3.(-4) ~14 82
3 =N (2) +14.(—4)+C3:T suy ra C3:?.

2
Taco f(x) =%+14x+8—32 = f(-5) =—% Q).

Ma f(—4)=

Tu (1) va (2) ta duge 2f(—5)+3f(2):—%+22 :3?5.
Cau7. Cho ham s6 y= f(x) c6 dao ham lién tuc trén (0;+0o0) théa man f'(x)+—f(x) =4x> +3x va
x

£ (1)=2. Phuong trinh tiép tuyén ctia do thi ham s6 y = f(x) tai diém c6 hoanh d6 x=2 la
A. y=-16x-20. B. y=16x-20. C. y=16x+20. D. y=-16x+20.
Loi gidi
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LA +3x o xf ' (x) + f(x) =4x +3x7.

Léy nguyén ham hai vé ta dugc: xf (x)= _[(4x3 +3x2)dx =x'+x’ +C.

Voi x =1 taco: f(1)=2+C.

Theo bai ra f(1)=2 S2+4C=2<C=0.

Vay xf(x)zx4 +x° <:>f(x)=x3 +x°.

Taco: f'(x)=3x"+2x; f'(2)=16; f(2)=12.

Phuong trinh tiép tuyén cta d6 thi ham sd y = f (x) tai diém c6 hoanh d6 x =2 la:

y=16(x-2)+12 & y=16x-20.
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TICH PHAN

TAI LIEU ON THI THPTQG 2021

TAI LIEU DANH CHO DOI TUOQNG HOC SINH TRUNG BINH MUC 5-6 PIEM

1.Pinh nghia: Cho ham sé y = f(x) lién tyc trén K ; a,b 1a hai phan tir bt ki thude K, F(x)

1a mot nguyén ham ctia £ (x) trén K. Hiéusd F(b)—F(a) goi 1a tich phan cua cua f(x) tira

dén b va dugce ki hiéu: j.f(x)dx:F(x) '=F(b)-F(a).

2. Cac tinh chit ciia tich phan:
+ jf(x)dx:O +_T[f(x + x)]dx=j1f(x)dxiig(x)dx
+If(x)dx=—jf(x)dx +J-f(x)dx=.|.f(x)dx+ff(x)dx
+ j.k.f(x)dxzkjf(x)dx + Néu f(x)=g(x) Vxe[a;b] thi j.f(x)dxszg(x)dx

Bang nguyén ham ciia mot s6 ham thwong gip

a+l

« . X
J.x 'dx_a+1

+C

a 1
b) dx=—.
j(ax+ ) X »

(ax+b)

a+l

+C
a+1

J.ldlen|x|+C
X

jizdx=—l+c
X X

J. ! dx=1.1n|ax+b|+C
ax+b a

j ! dez—l. I ¢
(ax+b) a ax+b

J.sinx.dxz—cosx+C

sm ax +b

= —l.cos(ax+b)+C

a

Icosx.dx =sinx+C

cos ax +b

=l.sin(ax+b)+C

J .
J. ——.dx=—cotx+C J. :—l.cot(ax+b)+C
sin” x sin® ax+b a
J. —.dx=tanx+C I l.tan(ax+b)+C
cos” x cos’ ax+b a
J.ex‘dx:ex.l,_c I ax+b dx__ ax+h+C
J.ax.dxz @ +C '[ zdx > ziln —d +C
Ina X —a 2a |x+a

, ‘ , : 1
@ Nhién xét. Khi thay x bang (ax+b) thi lay nguyén ham nhén két qua thém —.
a

Caul.

2
(D& Minh Hoa 2020 Lén 1) Néu | £ (x)dx
1

A. 3. B. 1.

C. 1.

=2 va if(x)dx

3
=1 thi [ f(x)dr bang
1

D. 3.
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1 1
Cau2. (D& Tham Khio 2020 Lan 2) Néu [ f(x)dr=4 thi [2f(x)dx bing
0 0

A. 16. B. 4. C.2. D. 8.
1 r 3 3 N
CAu3. (M 101 -2020 Lan 1) Biét [ f(x)dx=3. Gid tri cia [2/(x)dx bing
1

1

A5, B. 9. C.6. D. 2.
2
Caud4.  (Ma101-2020 Lan 1) Biét F(x)=x la mdt nguyén ham cia ham s6 /'(x) trén R . Gid trj cta

Jz.[2+f(x)]dx béng

A.S. B. 3. C.E. D.Z.
3 3

5 5
CAuS.  (Ma 102 -2020 Lan 1) Biét [ f(x)dx=4. Gid tri cia [3f(x)dx bang
1

1

A. 7. B.g. C. 64. D. 12.

Céu 6. (M 102 -2020 Lan 1) Biét 7 (x)=x" la mot nguyén ham ciia ham s6 £ (x) trén R. Gid trj cia
2

[(2+ f(x))dx bing

1

A.E. B. 7. C.9. D.%S.

4

2 3
CAu7. (M 103-2020 Lan 1) Biét [ f(x)dx=2. Gidtri cia [3f(x)dx bing
1

1

A. 5. B.6. c.%. D. 8.

Cau8.  (Mi 103 - 2020 Lan 1) Biét F(x)=x’ 1a mot nguyén ham cua ham s6 f(x) trén R . Gia tri ciia
i(1+ /(x))dx bang
:«. 20. B.22. C. 26. D. 28.

3 3
CAu9.  (Mi 104 -2020 Lan 1) Biét [ f(x)dx=6. Gia tri cia [2f(x)dx bing.
2 2

A. 36. B. 3. C. 12. D. 8.
Cau 10. (Mi 104 - 2020 Lin 1) Biét F(x)=x" 1a mot nguyén ham cta ham sé f(x) trén R. Gia tri

B

cua

[1 + f(x)]dx bang

— C— )

A. 10. B. 8. C.—. D. —.
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Cau 11.

X)dX=4 va Ig(x)dX:l.Khi do: j[f(x)—g(x)]dx bang:

2

3
(M4 101 - 2020 Lan 2) Biét j f(

2

A. -3. .

B.3 C. 4. D. 5.

(M3 101 - 2020 Lan 2) Biét j[f(x)+ 2x [dx=2. Khi do jf(x)dx bang :
0 0
Al

Cau 12.

B. 4. C.2.
3 3 3
(Ma 102 - 2020 Lan 2) Biét [ £ (x)dx=3 va [g(x)
2 2

dv=1.Khido [[ f(x)+g(x)}dx bing
2
A 4. B.2. C. 2.

D. 0.
Cau 13.

D. 3.

1 1
(M 102 - 2020 Lin 2) Biét [[ f(x)+2x]dx=3.Khid6 | f(x)dx bing
0 0
A. 1.

Cau 14.

B.5. C.3. D. 2.

2 2 2
(M 103 - 2020 Lan 2) Biét [ £ (x)dr=3 va [g(x)dr=2.Khido
1 1

_!.[f(x)—g(x)]dx bﬁng?
A. 6. B. 1. C.5.

D. 1.
Cau 16.

(M 103 - 2020 Lin 2) Biét [ [ f(x)+2x]dx=4.Khido [ f(x)dx bing
A3, B.2.

Cau 15.

C.6. D. 4.
Cau 17.

2 2 2
(M 104 - 2020 Lan 2) Biét [ f(x)dx=2 va [g(x)dx=3.Khido [[f(x)+g(x)ldx bing
1 1 1

A. 1. B.5. C. -1. D. 6.

1 1
(Ma 104 - 2020 Lan 2) Biét [[ (x)+2x |dr=5.Khid6 [ f(x)dx bang
0 0

AT

Cau 18.

B.3. C.5. D. 4.
Cau 19.

(M3 103 - 2019) Biét jf(x)dxzz va jg(x)dxzé, khi d6 j.[f(x)—g(x)]dxbéng
A. 8. l13.—4. | C. 4. | D. -8.
Cau20. (M4 102 - 2019) Biét tich phan jf(x)dx=3 va jg(x)dx=—4. Khi d6 j[f(x)+g(x)]dx

bang O O 0
A. 7. B.7.

C. -1. D. 1.

(Ma 104 - 2019) Biét | f(x)dv=2va [ g(x)dx=~4,khido [ [f(x)+g(x)]dr bing
A. 6. B. 6. C. 2.

Cau 21.

D. 2.
Cau22. (Mi 101 2019) Biét j f(x)dr=-2 va j g (x)dx =3, khi do j[ f(x)-g(x)]dx bing
A. 1. 0 B. 1. 0 C. -5. 0 D.5.
Cau 23.

1 1 1
(D& Tham Khio 2019) Cho [ f(x)dr=2 va [g(x)dx=5,khi [[ f(x)-2g(x)]dr bang
0 0 0
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

A. 8

B.1 C.3 D. 12

(THPT Ba Pinh 2019) Khang dinh nao trong cac khing dinh sau ding v6i moi ham f, g lién
tuc trén K va a, b 1a cac s6 bat ky thudc K ?

A. j[ f(x)+2g(x)Jdx = T f(x)dx +2i g(x)dx .

¢ [/ gix= [ e [ g,

2
(THPT Cim Ging 2 2019) Cho [ £ (x)dx
-2

A. I=5.

(THPT Cit Huy Cn -2019) Cho [ £ (x

bang
A. 16.

1 3 3
(THPT - YEN Pinh Thanh H6a2019) Cho J f(x)dx=-1; j f(x)dx=35. Tinh j f(x)dx
0 0 1

A. 1.

B. LW - i
I

D. j fz(x)dx{ j f(x)dx} _

=1, j.f(t)dtz—4.Tinh j.f(y)dy

B.71=-3. C.1=3. D./=-5.

)dx=3 va Iozg(x)dx=7,khi do J.Oz[f(x

B. -18. C. 24. D. 10.

B. 4. C.6. D. 5.

)+3g (x)

2 3 3
(THPT Quynh Luu 3 Ngh¢ An 2019) Cho [ f(x)dr=-3 va [ f(x)dx=4. Khi do [/ (x)dx
1 2 1

bing
A. 12

B.7. C.1. D. -12.

2
Cho ham s f(x) lién tuc, c6 dao ham trén [—1;2],f(—1)=8;f(2) =—1. Tich phan jf‘(x)dx

bang
A. 1.

(S6¢ Thanh Héa

B. 7. C. -9. D. 9.

- 2019) Cho ham sb

if(x)dx=9;j.f(x)dx:4.Tinh 1 =if(x)dx.

A. I=5.

Cho j.f(

A. 6

4
(Chuyén Nguyén Trai Hai Duong 2019) Cho ham sé f/(x) lién tuc trén R va j f(x)dx
0

x)dx:3jf(x

B. 1 =36. C.I=%. D. I =13.
3
)dx =3. Tich phéan If(x)dx bing
1
B. 4 C.2 D. 0

4
j f(x)dx =4. Tich phan I f(x)dx bang
3
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Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

TAI LIEU ON THI THPTQG 2021

A. 4. B. 7. C.3. D. 6.

(THPT Hoang Hoa Thim Hung Yén 2019) Néu F'(x)= T va F(1)=1 thi gi tri cua
F(4) bang

A. In7. B. l+%h’l7. C. In3. D.1+In7.

(THPT Poan Thueng - Haii Dwong -2019) Cho ham s f(x) lién tyc trén R thod mén

jf(x)dx=9, 1ff(x)dx=3, jjf(x)dx:

Tinh I:Tf(x)dx

A.I:17l. B./=1. C.I=11. D.I=7.

(THPT Quang Trung Péng Pa Ha Ngi 2019) Cho ham sé f'(x) lién tuc trén [0;10] théa man
1jof( dx=1, jf dx=3.Tinh P = jf dx+lff(x)dx

0 6

A. P=10. B. P=4. C.P=7. D. P=-6.

(Chuyén Lé Quy DPon Dién Bién 2019) Cho /', g la hai ham lién tuc trén doan [1;3] thoa:

j[f(x)+3g(x)]dx=10, :[[Zf(x)—g(x)]dxzﬁ Tinh j[f(x)+g(x)]dx.

A. 7. B. 6. C. 8. D. 9.

10
(Chuyén Vinh Phiic 2019) Cho ham sé f(x) lién tuc trén doan [0;10] va _[f(x)dx:7;

jf dx=3.Tinh P= J.f dx+lff(x)dx

A. P=4 B. P=10 C. P=7 D. P=—4
3

Cho f,g 1a hai ham s0 lién tuc trén [1;3] théa mén diéu kién j[f(x)+ 3g(x)]dx=10 dong thoi
1

3 3

J[2f(x)—g(x)]dx=6. Tinh j[f(x)+g(x)]dx .

1 1

A. 9. B. 6. C.7. D. 8.

(THPT Pong Son Thanh Héa 2019) Cho f, g la hai ham lién tyc trén [l;3]

théa:j[f(x)+3g(x)]dx=10 va j[2f(x)—g(x)]dx=6. Tinh I=j[f(x)+g(x)]dx.

A.8. B.7. C.9. D. 6.
3 3
(M 104 2017) Cho [ f(x)dx=5. Tinh I = [[ f(x)+2sinx]dr=5.
0 0
A 1=7 B.1=5+% C.1=3 D./=5+x
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2 2 2

CAudl. (M 1102017) Cho [ f(x)dr=2 va [g(x)dr=—1.Tinh I = [[x+2f(x)-3g(x)]dx.
-1 -1 -1

A.I=1—7 B.Izi C.I=Z D.I=H
2 2 2 2

5 -2
CAu42. (THPT Ham Réng Thanh Héa 2019) Cho hai tich phan [ f(x)dr=8 va [g(x)dx=3. Tinh
5

[:j;[f(x)—4g(x)—1]dx

A. 13. B. 27. C. -11. D. 3.

2 2 2
Cau43. (Sé Binh Phuéc 2019) Cho j F(x)dx=2 va j g(x)dx=—1, khi dé j [x+2/(x)+3g(x)]dx
-1 -1

-1

bing
A2 B. . c Y p.
2 2 2 2

2 2 2
CAu44. (SéPhii Thg 2019) Cho [ f(x)dr=3,g(x)dr=—1 thi [[ f(x)-5g(x)+x]dr bang:
0 0

0
A.12. B. 0. C. 8. D. 10
. 5 5
CAu45. (Chuyén L& Hong Phong Nam Dinh 2019) Cho [ f(x)dx=-2. Tich phan [[4f(x)=3%"]dx
0 0
bing
A. —140. B. -130. C. -120. D. —133.
2 2
Ciu 46. (Chuyén Lé Hong Phong Nam Pinh -2019) Cho J[4f(x) —2x] dx=1.Khidé6 Jf(x)dx bang:
1 1

A. 1. B. 3. C.3. D. -1.

1 1
Cau47. Cho [ f(x)dx=1 tichphan [(2f(x)-3x")dx bang
0

0

A. 1. B. 0. C.3. D. -1.

0
CAu48. (THPT Yén Phong 1 Béc Ninh 2019) Tinh tich phan 7= [ (2x-+1)dx.
-1

A. 1=0. B. /=1. C.I=2. D.[=——.

1
CAu49. Tichphan [(3x+1)(x+3)dx bing
0

A.12. B. 9. C.5. D. 6.

sin xdx bang

ot—ly

Cau 50. (KTNL GV Thpt Ly Thai T6 -2019) Gia tri ciia

A. 0. B. 1. C.-1. D.

NN
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Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

TAI LIEU ON THI THPTQG 2021

2
(KTNL GV Béc Giang 2019) Tinh tich phan = j (2x +1)dx
0
A. 1=5. B.7=6. C.1=2. D. I=4.
b
Véi a,b 1a cac tham sb thyc. Gia tri tich phan I(3x2 —2ax—l)dx bing

0

A. b’ -b*a-b. B. b’ +b’a+h. C. b —ba’-b. D. 3b> —2ab-1.

(THPT An Lao Hai Phong 2019) Gia st / = | sin3xdx=a +b% (a,b € Q) . Khi d6 gia tri ctia

S t— N

a-bla
A 1 B -1 c. -2 p. 1
6 6 10 5

(Chuyén Nguyén TéAt Thanh Yén Bai 2019) Cho ham s f(x) lién tuc trén R va

Jz.(f(x)+3x2)dx=10. Tinh jf(x)dx
A.

2. B. -2. C. 18. D. -18.

(Chuyén Nguyén Trii Hai Duong 2019) Cho j (3%” —2x+1)dx = 6. Gid trj clia tham s6 m thudc

0

khoang nao sau day?

A. (-12). B. (—;0). C. (0;4). D. (-3;1).
t dx .
Mi 104 2018 ban
( ) ~!.2x+3 &
A. l1n3»5 B. lnZ C. llnZ D. 21nZ
2 5 2 5 5
t dx .
Mi 103 2018 ban
( ){3x_2 g
1 2
A. 2In2 B. gan C. Eln2 D. In2
X 2 odx s
(e Tham Khao 2018) Tich phan I ——— bang
0 X+3
A. 3 B. —16 C. logé D. lné
15 225 3 3

1
(Ma 105 2017) Cho J.[L— L jdx =aln2+bIn3 véi a,b 1a cac s6 nguyén. Ménh dé nao
o\x+1 x+2

dudi day dung?
A. a+2b=0 B.a+b=2 C.a-2b=0 D.a+b=-2

)

(THPT An Lao Hai Phong 2019) Tinh tich phan / = J‘[l 1 jdx
\x X
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1 1

A T=- B. /=-+1 C. =1 D./=¢
e e
¢ dx
Cau 61. (THPT Hung Vwong Binh Phuéc 2019) Tinh tich phan 7 = j X
0 X+
A.I=—£. B.I=ln§. C.I=log§. D.Izﬁ.
100 2 2 5000
2 N
Cau 62. (THPT Poan Thugng - Hai Duong - 2019) j o bing
x_
1
2 1
A.2In2. B. gan. C.In2. D. §1n2.
tx—1
Cau 63. Tinh tich phan [ = j T dx.
X
1
A I=1-n2. B.1=%. C./=1+hn2. D. /=2In2.
tx+2
Caiu 64. Biét I—dx=a+blnc, voi a,b,c e Z,c<9. Tinhtong S=a+b+c.
X
1
A S=7. B. S=5. C.S=8. D. S=6.
Cau 65. (Mi 1102017) Cho F(x) 1a mot nguyén ham ciia ham s f(x) LAY VRN =F(e)-F(1)?
X
1 1
A T=— B.[=— C. /=1 D.I=e
2 e
1
Cau 66. (Ma 102 2018) j ¢*dx bing
0
1o, 3 1o, 4
A. g(e +e) B. e —e C. g(e —e) D. e" —e
2 N
Cau 67. (M4 101 2018) j ¢*'dx bing
1
1 5 2 1 5 2 1 5 2 5 2
A. —(e +e ) B. —(e —e ) C. —¢e’ —e¢ D. e’ -¢
3 3 3
6 2
Cau 68. (M4 123 2017) Cho j f(x)dx=12. Tinh [ = j £(3x)dx.
0 0
A I=5 B. [ =36 C.1=4 D. =6

1
Ciu 69. (Chuyén L& Hong Phong Nam Pinh 2019) Tich phan / = j lex c6 gié tri bang
v Xt

A.In2-1. B. -In2. C.In2. D.1-In2.
3
Cau 70. (THPT Hoang Hoa Tham Hung Yén -2019) Tinh K :J. 2x "
x —_—
2
1. 8 8
A. K=In2. B°K:§1n§' C.K=2In2. D.K=ln§.
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Chuyén dé 26 TiCH PHAN- PH'ONG PHAP TINH TiCH PHAN

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA MUC 7-8 PIEM

phan co ban co diéu kién

1.Dinh nghia: Cho ham sé y = f(x) lién tyc trén K ; a,b 14 hai phan tir bat ki thuoc K, F(x)

1a mot nguyén ham ctia £ (x) trén K . Hiéusé F (b)—F (a) goi la tich phan ctia cta f(x) tira

a

b
dén b va duoc ki hiéu: jf(x)dx = F(x)

'~ F(b)-F(a).

2. Cac tinh chit ciia tich phan:

E :‘[f(x)dxzo +j[f(x)ig(x)]dxzjf(x)dxijg(x)dx
+_:'.f(x)dx=—j-f(x)dx +j-f(x)dx=j‘f(x)dx+jjf(x)dx
+ Tk.f(x)dxzk.if(x)dx + Néu f(x)Z g(x) Vxe[a;b] thi j-f(x)dxzj.g(x)dx

Bang nguyén ham ciia mdt s6 ham thwong gip

a+l

a+l
“dx=2—+C a oL (ax+b)
J.x =T I(ax+b) dx-a. o +C
Ildx=1n|x|+C I ! dx=1.1n|ax+b|+C
X ax+b a
1 1 1 1 1
gy ——— dx=——. C
Ixz dx x+C J‘(ax+b)2 * a ax+b+
'[sinx.dxz—cosx+C sin ax+b :—l.cos(ax+b)+C
a
'fcosx.dxzsinx+C cos(ax+b). =l.sin(ax+b)+C
a

= —l.cot(ax+b)+C

2

i
J
[——dx=—cotx+C | [-—r
v
e

sin” x sin’ ax+b a
1
J- —.dx=tanx+C x =—.tan(ax+b)+C
cos” x cos’ ax+b a
'[ex.dx:ex+C axth dx—— arth | o
x d 1 _
J.a’“.dx= 4 +C J- > al > =—1n a +C
Ina X —a 2a |x+a

w Nhin xét. Khi thay x bang (ax +b) thi 1ay nguyén ham nhan két qua thém l
a
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Cau 1.

Cau 6.

Cau 7.

Cau 8.

2
x+2

(Kinh Mén - Hai Dwong 2019) Cho F(x) l1a mdt nguyén ham cua f(x)= . Biét

F(-1)=0.Tinh F(2) két qua la.
A. In8+1. B. 4In2+1. C. 2In3+2. D. 2In4.

(Ma 103 - 2019) Cho ham s6 f(x). Biét f(0)=4 va f'(x)=2sin’x+1, VxeR, khi do

T
[/ (x)dx bing
0
2 2 2 2
- +16x 4_ B -4 C. T +157r_ D. - +16rx 16_

A. . .
16 16 16 16

(Md 104 - 2019) Cho ham sé f(x). Biét f(0)=4 va f'(x)=2sin’x+3, VxeR, khi d6

5

Jf(x)dxbéng

0
2 2 2 2

A.” 2_ B.7z+87z 8_ C.7z+87z 2_ D. 3z +27 3.
8 8 8 8

Ma 102 - 2019) Cho ham s6 f(x).Biét f(0)=4 va f'(x)=2cos’x+3, VxeR, khi d6
( )

T

:4[ f(x)dx bang?

7 +8m+8 7 +87r+2 7 +67+8 7 +2
—_— B.——. cC. ——. D. .
8 8 8 8
1 2
Biét rang ham s6 f (x)=mx+n thoa méan J.f(x)dx:S, J.f(x)dx:& Khang dinh nao dudi day
0 0
la dung?
A.m+n=4. B.m+n=-4. C.m+n=2. D. m+n=-2.

1 2

Biét ring ham s6 f(x)=ax’ +bx+c thoa man J.f(x)dx:—%, If(x)dx:—Z va
0 0

3 4

A, —. B. —. C.
4

D.>.
3 4

OSSN N

(Chuyén Lé Quy Don Pién Bién 2019) Co6 hai gia tri clia s6 thuc a 1a a,, a, (0<a, <a,) thoa

mén j(zx—3)dx =0. Hay tinh 7' =3" +3* +log, (ﬁj
1 al

A. T=26. B. T=12. C.T=13. D. T =28.

(Chuyén Nguyén Trii Hai Dwong 2019) Cho J-(3x2 —2x+l)dx= 6. Gia tri ctia tham sb m
0
thugc khoang nao sau day?

A. (-1;2). B. (—;0). C. (0;4). D. (-3;1).
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

TAI LIEU ON THI THPTQG 2021

1
(Thi thir Loméndxop - Ha Noi 2019) Cho [ = j (4x—2m*)dx . C6 bao nhiéu gia tri nguyén cua
0

mdé I+6>09

Al B. 5. C.2. D. 3.
(S& GD Kon Tum - 2019) C6 bao nhiéu gi4 tri nguyén duong cta a dé jo“(zx ~3)dx <47
A. 5. B. 6. C. 4. D. 3.

(THPT Luwong Thé Vinh - HN 2018).C6 bao nhiéu s6 thyc b thudc khoang (7;37) sao cho
b
j4cos2xdx=1?

A. 8. B. 2. C.4. D. 6.

(Cin Tho - 2018) Cho ham s6 f(x) xac dinh trén R\{-2;2} théa man f'(x)=

F(=3)+£(3)=rf(-1)+ f(1)=2. Gia tri biéu thirc f(—4)+ f(0)+ f(4) bang

X’ -4

A. 4. B. 1. C.2. D. 3.
4 X

(Chuyén Lwong Thé Vinh - Péng Nai - 2018) Biét j i+@dx=a+eb—ec v6ia,b,c
1\ 4x \/)_cezx

1a cac s6 nguyén. Tinh T =a+b+c

A.T=-3. B. T =3. C.T=-4. D.T=-5.

x+1
2 b

(S¢ Bac Liéu - 2018) Cho ham s f(x) xac dinh trén R\{O} thoa mén f'(x)=

f(—2)=% va f(2)=21n2—%. Gid tri ctia biéu thue f(—1)+ f(4) bang

AL 61n2—3. B. 6ln2+3. C. 81n2+3. D. 81n2—3.

4 4 4 4
(Chuyén Lwong Vin Chanh - Phd Yén - 2020) Cho ham sb f(x) c6 f(0)=4

T

4
va f'(x)=2cos? x +1,¥x € R Khi d6 f f(x)dx bing.
0

2 2 2 2
n°+167r+16 B 7°+4 C. i +l47r‘ D i +167r+4.

A. . . . .
16 16 16 16

(S¢ Ha Tinh - 2020) Cho ham sd f(x) co f(0)=0 va f'(x)zsin4 x, VxeR. Tich phan

2_ 2_ 2_ 2_
AT B F 3. c. 37 16 p. F =6
18 32 64 112

phin ham s hiru ty]

b
P
Tinh 7= j Qg; dx?v6i P(x) va Q(x) la cac da thirc khong chira can.

1 Néu bac cua tir P(x) > bac mau O(x) —=— chia da thirc.
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[] Néu béc cta tir P(x) < béc mau Q(x) ma mau s6 phan tich dwgc thanh tich s6 —*— dong
nhit thirc dé dwa thanh tong cua cac phan sd.
Mot s6 truong hop dong nhét thirc thuong gip:

N _ 1 ( a b ] (1)
(ax+m)(bx+n) an—bm\ ax+m bx+n
\/7

N mx+n 4 N B Z(A+B)x—(Ab+Ba) A+B=m
(x—a)(x—b) x—a x-b (x—a)(x—b) Ab+Ba=-n
1 A Bx+C
+ = + 5i A=b*—4ac<0.
(x—m)(ax2+bx+c) x—m (ax2+bx+c) vl “
1 A B C D
+ +

+ 2 2~ + 2 B °
(x—a) (x—b) X—a (x—a) x=b (x—b)
[] Néu bac tir P(x) < bac mau Q(x) ma mau khéng phén tich dwgc thanh tich s, ta xét mot s

truong hop thuong gép sau:

+ I = j ) neN*)i)x a.tant .
x +a
+ 1, =J.2L,(A<O)=J. dx . Ta s& dat —)x+i: ,/—Atanz.
ax’ +bx+c ( bjz ( Aj 2a 4a
al| x+— | +|-——
2a 4a

+ I, =IL+qu v6i A=b’—4ac<0. Ta s& phan tich:
ax”+bx+c

2ax+b)d : Y 3 .
I, =L M+(q—b—pj.jL va giai A bang cach dat = mau so.

2a7 ax* +bx+c 2a ax’ +bx+c
— —
A I,

2
Ciul. (THPT Quynh Lwu 3 Nghé An 2019) Biét j 4 n2+hIn3+clns. Khido gia tri
(x+1)(2x+1)
a+b+c bing
A. 3. B. 2. C. 1. D. 0.
: £ 3x% +5x—1 2
Cau2. (THPT An Lio Hai Phong 2019) Biét [ = j—zdx =a ln§+b,(a,b eR). Khi d6 gia tri
x—
-1
clia a+4b bang
A. 50 B. 60 C. 59 D. 40
A -2 -1
Ciau3. Biét O—ldx——+nln2 v6i m,n 1a cac s nguyén. Tinh m+n.
x+ m
A. S=1. B. S=4. C.S=-5. D. S=-1.

2
Cau4. (Chuyén Lé Quy Pon Quang Tri 2019) Tich phan [ = I ) dx=a-Inb trong d6 a, b la

0x+1

céc s6 nguyén. Tinh gia tri cta biéu thic a+5.
A. 1. B. 0. C. -1. D. 3.
Trang 4 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/




Cau 5.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

TAI LIEU ON THI THPTQG 2021

X +x+1

b .
(Chuyén Tran Phi Hai Phong 2019) Biét _[ dx = a+1n5 voi @, b 1a cac s6 nguyén.
3

Tinh S=a—2b
A, S=2. B.S=-2. C. §=5. D. §=10.

2
(THPT Gang Thép Thai Nguyén 2019) Cho J‘(x2 = jdx:EJran voi a,beQ. Tinh

1 x+1 b
P=a+b?
A. P=1. B. P=5. C. P=7. D. P=2.
(Chuyén Son La 2019) Cho | x—+3dx:aln2+bln3+cln5, v6i a, b, ¢ 1a cic s6 nguyén.
' X7 +3x+2
Gié tri ciia a+b+c bang
A. 0. B. 2. C. 3. D. 1.
¢ 5x-8 ,
(Sé' Phu The 2019) Cho J.2—dx=aln3+bln2+cln5, VOi a, b, ¢ 1a cac s0 hiru ti. Gia
> X" =3x+2

tri cia 2°7"* bang
A. 12 B. 6 C.1 D. 64

5

1 b .

J.x X dx:a+1n5 voi @, b 1a cac s0 nguyén. Tinh S=a=2b

3
A. S=2. B. S=-2. C. §=5. D. §=10.
Biét riang _[ dx = ma (a,beZ,a<lO).Khi d6 a+b co gia tri bang

X +x+1 b

A. 14. B. 15. C. 13. D. 12.

X +5x+2

(P& Thi Céng Bing KHTN 2019) Biét j -
X +4x+

dx=a+bIn3+cIn5, (a,b,ceQ). Gia tri

ctia abc bang
A. -8. . —10. C. -12. D. 16.

(THPT Nguyén Trii - Da Ning - 2018) Gia sir rang J‘3x+—5;1d =a ln§+ b . Khi do, gia tri

cia a+2b la
A. 30. B. 60. C. 50. D. 40.

P4 xt+7x+3

dr=L1cms5veia, b, cna
X —x+3

4
(Chuyén Lé Hong Phong Nam Binh -2019) Biét I

1

, A ~ L a . A X Ko e ; —
cac soO nguyén duong va 5 1a phan s0 toi gian. Tinh P=a-b"-c"

A. 5. B. —4. C.5. D. 0.
1
ho [H AU bindscin véi a, b, ¢ la chc s6 b . Bidu thirc T=ac—b
0 2x° +5x+2

bang

A 4. B. 6. c. L D. L.

2 2
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Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

12
. . -2 -1 .
(SGD Bén Tre 2019) Bict Ix—ldx=—+nln2, voi m, n 1a cac sO nguyén. Tinh S=m+n.
o X+ m
A. S=-1. B. §=-5. C. S=1I. D. $=4.
(THPT Céim Binh 2019) Cho I%dx =aln2+bIn3, voi a,b 1a cac sb hiru ty. Khi do
x +3x+2
a+b bang
A. 0. B. 2. C. 1. D. 1.
2x° +3x . N R 2
(Sé Ha Nam - 2019) Cho I—zdx a+bln2+cIn3 véi a, b, c 1a cac so nguyén. Tong
X +3x+
a+b+c bang
A. 3. B. 2. C. 1. D. 1.

(Chu Vin An - Ha Ngi - 2019) Cho biét f413dx— aln5+bIn3, véi a,bc Q. Tinh

T =a”+b* bang
A. 13. B. 10. C. 25. D. 5.

X2 +5x+2

(Chuyén - KHTN - Ha Ni - 2019) Biét j Yo
x +4x+

dx=a+bIn3+cln5, (a,b,ce@). Gia tri

clia abc bang
A. -8. B. -10. C. -12. D. 16.

(Chuyén Lé Héng Phong Nam Pinh 2019) Biét J~x+x_+7x3+3dx —Z+cln5 voi a, b, c 1a
X+

; 4 ~ . a . A X As s ; S
cac s0 nguyén duong va 3 12 phan s0 toi gian. Tinh gia tri cia P=a—-b" —¢’.

A. 5. B. 3. C.6. D. —4.
(Binh Phwoc - 2019) Cho J‘Lzaln2+bln3+cln5 v6i a, b, ¢ 1a cac sb hitu ti. Gia
(x+1)(x+2)
trj cia a +b° —¢* bang
A. 3. B. 6. C.5S. D. 4.
2x+3

(SGD Pa Ning 2019) Cho _[ dx=aln2+bIn3+cIn7 v6i a, b, ceZ. Gia tri clua

x> +3x

2a+3b+7c bing

A. 9. B. 6. C. 15. D. 3.
2
(SGD Pién Bién - 2019) Cho J.( 7 dx=a+bIn2+c.In3, v6i a,b,cla cac sb hiru ty. Gia tri
1 (x+

6a+b+c bang:

A, 2. B. 1. C.2. D. 1.
(SP Pong Nai - 2019) Biét jﬂdx aln2+bIn5+cIn6. Tinh S =3a+2b+c.

X +5x+6

A. —11. B. -14. C. 2. D. 3.
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@ Tich phén déi bién:

J[f(x)].u'(x).dsz[u(x] F[u ]F[u ]

Césan  Tachtrham™ Nhan

Cic bude tinh tich phan doi bién so
"I Buéc 1. Bién doi dé chon phép dit ¢ =u(x) = df =u'(x).dx (quan trong)

2 Rs _a x=b Z:M(b) &y <439 O 2e aRe A
[J Buéc 2. Doi can: = (nh¢: doi bieén phai d6i can)
x=a |t=u(a)

\ u(b ~
"I Buéc 3. Dua vé dang [ = j (( )) f(¢).dt don gian hon va dé tinh toan.

Mét s6 phwong phap doi bién s6 thwong gip

—b +b X g'(x) x| voi
d —!h(x).dx _[f(g( )).g(x) d

Iy I

b
Poi bién dang 1. |/ =I_féx)
g(x

Déi bién dang 2.
Nghia 1a néu gap tich phan chira cin thire thi c6 khoang 80% sé& dat 7= can trir mot so truong
hop ngoai I¢ sau:

1/ 1 :If(\/az —5 ).xChgn dx ——> dat x=a.sint hodc x=a.cost.

2 ° 2
, ) cos“x=1-sin"x
(xuat phét tir cong thirc sin® x +cos’ x =1= { j

sin x=1-cos’ x

2/ 1, :_[f(\/x2 +a2).x°h5n.dx — > dit x=a.tant hoic x=a.cotz.

A A A ’ \ A ’ l
(mau chét xuat phat tir cong thirc tan® x+1= 5 j
cos” x

3/ 1, =If(\/x2 —az).xChan dx —— dit xz_L hoic =2

sint cost
4/ 1, —J.f{ / de > dat x =a.cos2t.
dx 1
5/ I, = > dat x=-.
’ ’[(a+bx”)4/a+bx" t

6/ I sz[S\‘/ax+b, ...... ,S\k/ax+b}dx ——> dat " =ax+b.
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(trong d6 n 1a boi s6 chung nhd nhat cua {sl;sz;...;sk})

dx

I\/(ax+b)(cx+d)

7/ 1, = > dit t =~Jax+b+~Jex+d .

Poi bién dang 3. jf(lnx).l.dx—n:lnx:dz:l.dx
X X

Doi bién dang 4. If(sin X).c08 x.dx—> t =sinx = dt = cos x.dx

Doi bién dang 5. If(cos x).sin x.dx—— t = cosx = dt = —sin x.dx

Poi bién dang 6. J.f(tanx). 12 dx——>t=tanx = dt = df
cos’ x cos’ x

Ra ne 1 dx
Poi bién dang 7. jf(cotx). ——dx—>t=cotx = dt =——
sin” x sin” x

L J.f(sinx+cosx).(sinx—cosx)dx £ = sin x 4+ COS x
Doi bién dang 8. —{ .
J.f(sinx—cosx).(sinercosx)dx [ =sInx—cosx
L, If(ax2+b)n Xdx——t=ax" +b=> dt = 2axdx
Poi bién dang 9.
J.f(ax+b)” Xdx——>t=ax+b = dt = adx

1
Caul. (PéTham Khao -2019) Cho j ( de)z =a+bIn2+cIn3 voi a,b,c 1a cac sd hitu ty. Gia tri cla
o (x+2
3a+b+c bang
A. 2 B. 1 C. -2 D. -1
a , ‘ X M
Cau2. Tinh K:'[ ———dx bang
X —1
1, 8 8
A. K=In2. B. K=—In—. C. K=2In2. D. K=In—.
2 3 3
1 7
Cau3. (Chuyén Long An - 2018) Cho tich phan 1:J. al Y dx, gia sir dat £ =1+x". Tim ménh dé
o(l1+x
ding.
2(t=1)’ (=1
A.I:lj( 5) d. B 1:j( 5) dt
24 ¢ Lt
2(t-1) L(r-1)
c.lzlj( 4) dt. D 1=3j( 4) dt
29t 29t
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Cau 4.

Cau 5.

Cau 10.

Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021

1
(KTNL Gia Binh Niim 2019) C6 bao nhiéu s6 thyc o dé [—— dx=1.
0 a+x

A. 2 B. 1 C.0 D. 3
(Nguyén Hu¢ - Phi Yén - 20200 Cho ham s6 f(x) c6 f(1)=0 va

2018

1
/(%) =2019.2020.x(x~1)""",Vx € R . Khi d6 [ f(x)dx bing
0

A2 B. c.-—2_ D
2021 1011 2021 1011
1
(B¢ Tham Khio 2019) Cho | : xx —_—g+bIn2+cIn3 v6i a,b,c 1a cac sd hitu ty. Gia tri ciia
v(x+2
3a+b+c bang
A. -2 B. -1 C.2 D. 1

(Chuyén Vinh Phiic 2019) Cho [2x(3x—2)"dr= A(3x-2) +B(3x—2)'+C véi 4,B,CeR.
Tinh gié tri cta biéu thirc 124+ 7B.

L2 B. 21 c.2 D. .
252 252 9 9
¢, (27 +3x+3 :
(Chuyén Ha Tinh - 2018) Biét Iz—dx =a—1Inb voi a,b 1a cac so6 nguyén duong. Tinh
0 X +2x+1
P=a’+b".
A. 13. B. 5. C. 4. D. 10.

2
(Chuyén Lé Hong Phong Nam Dinh -2019) Cho f v =m(e’ —e'| véim, p, geQ va
1
1a cac phan s6 toi gian. Gia tri m 0 pOg bang
22

A. 10. B. 6. C.?. D. 8.

1
A3 2 a s cr s o N
Bict rang J.xex +2dx=5( b—ec) véi a,b,c € Z. Gia tri cia a+b+c bang
0

A. 4. B. 7. C.5. D. 6.

x+1

(KTNL GV Ly Thai T6 2019) Biét j dx=1In(ae+b)véi a,b la cac sd nguyén duong.
1

x> +xlnx
Tinh gia tri cua biéu thae T =a® —ab+b’.
A. 3. B. 1. C.0. D. 8.
A , 2 2 x—~l 2
(Chuyén Lé Hong Phong Nam Pinh 2019) Biét I(x+1) e *dx=me’ —n, trong 46 m,n, p,q
1

1a cac s6 nguyén duwong va LaH phan s6 t6i gian. Tinh T=m+n+p+q.

A. T=11. B. I'=10. C.T=T1. D. T =8.
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< 2ude

Cau 13. S diém cyc tri cia ham s6 f'(x)= I o
+1
2x

la

A. 0 B.1 C.2 D. 3

Ciu 14. (Chuyén Bic Giang 2019) Cho ham s6 y=f(x) c6 dao ham trén R dong thoi théa man

f(0)=/(1)=5. Tinh tich phan I = jf'(x)e”‘)dx :

A. 1=10 B. I=-5 C.1=0 D. /=5
A X . X
Ciu 15. (Pé Minh Hoa 2020 Lan 1) Cho ham s0 f(x) ¢6 f(3)=3 va f'(x)=—F——, Vx>0.
£(x) o6 £(3)=3 v f(0) =
8
Khi do [ f(x)dx bing
3
AT B. 7. c.?. p. 18
6 2 6
2 ) .
Cau 16. (Ma 102 2018) Cho j =aln3+bIn5+cIn7, véi a,b,c 1a cac so hitu ti. Ménh dé nao
s XVx+4
sau day dang?
A.a-b=-2c B. a+b=-2c C.a+b=c D.a-b=-c

=aln2+bIn5+clnll, véi a,b,c 1a cac sb hitu ti. Ménh dé nao

55
dx
Cau 17. (Ma 101 2018) Cho
IJ;x\/x+9

dudi day dung?
A. a+b=3c B. a-b=-3c C.a-b=-—c D.a+b=c

2
Ciu 18. (Pé Tham Khao 2017) Tinh tich phan [ = j 2xv/x? —ldx bang cach dit u = x* —1, ménh d& nao
1

dudi day dang?

A. Izj[\/;du B. 1:%?6@ C. I=2j[\/;du D. I:j\/;du

5
x 1
Cau 19. (Nguyeén Trai - Thai Binh - 2020) Gia su tich phan [/ = | ———=dx=a+bIn3+cIn5. Luc
’!. 1++/3x+1

do
A.a+b+c=§. B.a+b+c=i. C.a+b+c=z. D.a+b+c=§.
3 3 3 3
Cau20. (Lién trwong Nghé An - 2020) Cho ham sb f(x) co f(2)=0 va
f’(x)—x—Jr7 Vxe(i'Jrooj Biét rang jf(zjdx—g (a,beZ,b>0 2 1a phan sb t6i gian)
/2_)(—3, > * y 2 b s s ’b .
Khi d6 a+b bang
A. 250. B. 251. C. 133. D. 221.

In6 X

. e
Cau 21. (Nam Pinh - 2018) Bict tich phan | ———
2‘; l++Ve' +3

nguyén. Tinh T =a+b+c.

dx=a+bIn2+cIn3, véi a, b, ¢ la cac so
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Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

TAI LIEU ON THI THPTQG 2021

A T=-1. B.T=0. C.T=2. D. T=1.
1 dx .
(Chuyén Vinh - 2018) Tich phan bang
‘([\/3x+1
AL B.>. c. L. . 2.
3 2 3 3
2
(P& Tham Khao 2018) Biét j dx dx=+a—-b—c voi a,b,c 1a cac sb nguyén
! (x+D)Vx + x/x +1
duong. Tinh P=a+b+c
A. P=18 B. P=46 C.P=24 D. P=12
(Chuyén Trin Phi Hii Phong 2019) Biét jhl—xdxz a+bV2 véi a,b 1a cac sb hitu ty
1 xvV1+Inx ' '
Tinh S=a+b.
1 2
A. S=1. B. S=—. c.s=2. D.S==.
2 4 3
242

(Gang Thép Thai Nguyén 2019) Cho tich phan / = J V16 —x*dx va x =4sint. Ménh d nao
0
sau day dung?
i i
A I= 8_[(1+c0s2t)dt. B. = 16_|.sin2 tdt .
0

T

4
C. I =8|(1-cos2t)dt. D. I=—16Ic0s2tdt.
0

Sl |y ©

5
Biét dx =a+bIn3+cIn5 (a,b,ceQ).Gidtricia a+b+c bing
1

1
1++3x+1
A. Z B.

3

C. D.

W |
w | oo
[SSE N

X

1
Cho j 5 dx:lln(é+\/zj, v6i a, b, ¢, d 1a cac sb nguyén duong va b t6i gian. Gia tri
Vo +1 a \c c
2
ciia a+b+c+d bang

A. 12 B. 10 .18 D. 15

m.-_,.m... A A As eo
dx =— voi — 1a mot phan so toi gian.

x
J1+x° n n

(L& Quy Don - Quéng Trj - 2018) Cho biét j
0

Tinh m—7n

A. 0. B. 1. C.2. D. 91.
1 dx

(Chuyén Dai Hoc Vinh 2019) Bi¢t rang I =aln2+bIn3+cIn5, véi a, b, c 1a
03X +53x+1+7

céc s6 hiru ti. Gia tri cia a +b+c bang

A -2 B. -2 c. D.2

3 3 3 3
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. I§ ,
Cau30. Bibt [— X dv=a+b2 v6i a,b 14 céc sb hiru ty. Tinh S=a+b.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

L X/ 1+ 1Inx

A. S=1. B.Szl. C.Szi. D.Szg.
2 4 3

(THPT Ngé Si Lién Bic Giang 2019) Cho j—dx :§+bln2+cln3 véi a,b,c 1a cac

4+42+x+1

s6 nguyén. Gia tri a+b+c bang:

A. 9 B. 2 C.1 D. 7
3
X a ) .
(THPT Ba Pinh 2019) Cho /=|———F——dx=—+bIn2+cInd, v6i a,b,c,d1a cac so
£4+ 2Vx+1
nguyén va % 1a phén s6 ti gian. Gia tri cia a+b+c+d bang
A. 16. B. 4. C. 28. D. 2.
Tinh I:j X+

o VX +1
A T=(a +1)Ja +1-1. B.I:%[(azﬂ)\/azﬂ—l]

C. I:%[(a2+l)\/a2+l+1:|. D. 1=(a* +1)Va? +1+1.

1

2
(THCS - THPT Nguyén Khuyén - 2018) Gia tri cta tich phan I lidx bang tich phan nao
-X

0

dudi day?
K4 1 V4 K4
4 2 2 4 2 2
A. [2sin” ydy. B. [ dv. C. [Ty, D. [2sin” ydy.
0 ) COSX o COoSy 0
w2 ¥ b
(Chuyén Thang Long - Pa Lat - 2018) Bict J. ——dx=—In5-cIn2 véi a,b,c 1a
X +1+x" -1 a
céc s6 nguyén va phan sb % 1a t6i gian. Tinh P=3a+2b+c.
A. 11. B. 12. C. 14. D. 13.
(Binh Giang - Hai Dwong - 2018) Cho tich
4
phan[—“zs‘x —asby8remn| MO 10v6i abe.d T che s hiu f. Tinh thng
1 X f 2
a+b+c+d.
1 3 3 3
A, ——. B. —. C. —. D. —
3 25 2 20

1
(Sé Hung Yén - 2018) Cho tich phan 7 = |

dx
0 \]4—)(?2

4 Req s A A . VA \
néu doi bién so x=2s1nt,te[—5;5) thi ta

duoc.
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

TAI LIEU ON THI THPTQG 2021

L

3 3 “ 4
A.Izjdt. B.I:Idt. C.I:Itdt. D.lij.
0 0 0

aNb+c . NV
= 5 voi a, b, ¢ 1a cac so

1
(THPT Phii Lwong - Thai Nguyén - 2018) Biét [

x dx
o X+~/1+x
nguyénva b>0.Tinh P=a+bh*—c.
A. P=3. B. P=7. C.P=-T7. D. P=5.

1
Cho n 1a s6 nguyén dwong khac 0, hay tinh tich phan 7 = _[ (1 —x )n xdx theo n.
0

1 1 1 1

A l= . B./=—. C.I= . D. /= .
2n+2 2n 2n—-1 2n+1
64 dx 2
(Chuyén Lé Quy DPon Pién Bién 2019) Gia su [ = j— =aln—+b voi a, bla sO nguyén.
e+ 3x
Khido giatri a—b 1a
A. —17. B. 5. C. -5. D. 17.

(Tien Du - Bic Nimh - 2020) Cho ham s f(x) o0 f(¥2)==2 wva

N
f’(x)zﬁ,Vxe(—\/g;\/g).Khidé [ 7 (x).dx bing

RY/4 3z+6 T+2 3r+6
A - B. . c.—=. D. - .
4 4 4 4
N ’ 2 X
(Chuyén Tréin Phi - Hai Phong - 2018) Biét [——— dv=a+hJ2+c35 véi a, b, c

'!.3x+\/9x2—1

la cac s hiru ty, tinh P=a+2b+c—7.

A -1 B. 50 c. 2. p. &
9 27 27
. ] dx
(THPT Phan Chu Trinh - Pic Lic - 2018) Biét =Ja—b-+c véi a,
1x\/x+1+(x+1)x/;
b, ¢ 1a cac s6 nguyén duong. Tinh P=a+b+c.
A. P=44. B. P=42. C. P=46. D. P = 48.
4 [
(Sé'Phu Tho - 2018) Biétj 2x +1dx =a+bln2+cln§(a,b,ceZ).Tinh T=2a+b+c.
0 2x+3v2x+1+3 3
A. T=4. B.T=2. C.T=1. D. T =3.

(P& Tham Khio 2020 Lin 2) Cho ham s6 f(x) c6 f(0)=0 va f'(x)=cosxcos’2x,VeR.
Khi o [ f(x)dr bang
0

Ay B. 2% c. 22 D. 2.
225 225 225 225
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Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

(Sé Binh Phuéc - 2020) Cho cosx

O [N

4 .
— - dx=aln—. Gid trj cia a+b bang
sin“ x—5sinx+6 b

A. 0. B. 1. C. 4. D. 3.

(P& Minh Hoa 2017) Tinh tich phan/ = I cos’ x.sin xdx .
0

A.I:—l B.]:—lz“ C.I=-r" D.7=0
4 4

(THPT Kinh Mén - 2018) Cho cos X

O —— 0 |y

— - dx=alni+b, tinh tong S=a+b+c
sin“x—5sinx+6 c

A. S=1. B. S=4. C.§=3. D. §=0.

a

2
(Binh Dwong 2018) Cho tich phan 7 = j V2 +cosx.sin xdx . Néu dat 1 =2+cosx thi két qua nao
0

sau day dang?

) ; ) 3
A. 1= [edt. B. [ =[udr. C. 1=2[udr. D. 1= [idt.

3 2 3 0

3 4 sin’ x : 3
(Dong Thap - 2018) Tinh tich phan [ = I —dx bang cach dat u =tanx, ménh d€ nao dudi
[ Cos" X

day dang?

% 2 1 1 1
A I=J.u2du B Izj.—zdu C I——qudu D I=Iu2du.

0 0 u 0 0

: sin x
I=[———dr

(THTP Lé& Quy Déon - Ha Ni - 2018) Tinh tich phan 0 % ¥
AT=2. B.I=>. c.r="+2. D.1=2.

2 2 3 20 4

< . p sin x
(THPT Ly Thai T6 - Bac Ninh - 2018) Cho tich phan J.gzdx =aln5+bIn2 voéi a, beZ.
© COSX+
3

Ménh dé& nao duéi day diung?
A. 2a+b=0. B. a-2b=0. C.2a-b=0. D. a+2b=0.

(THPT Péng Son Thanh Héa 2019) C6 bao nhiéu sé a €(0;207) sao cho Isins xsin2xdx = %
0

A. 10. B.9. C. 20. D. 19.
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Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

TAI LIEU ON THI THPTQG 2021
sin2x +cos x

(HSG Bic Ninh 2019) Biét F(x) nguyén ham cta ham s6 f(x)= va F(0)=2.
(x) nguy V1+sinx ©
Tinh F(Ej
2
LA () f(g) S ()
2 3 2 3 2 3 2 3

,VOi a,beZ,c€Z" va a,b,c 13 cac sd nguyén to cung nhau. Gia tri ciia

6
. dx a3 +b
Biét =
-([ +sinx c

tong a+b+c bang

A. 5. B. 12. C.7. D. —1.
T
Cho tich phan s6 I&zdx:aln5+bln2 V6i a,b € 7 . Ménh dé nao duéi day ding?
J COSX+
3
A. 2a+b=0. B. a-2b=0. C.2a-b=0.. D. a+2b=0..
2 sin x 4 .. . .z
(THPT Nghen - Ha Tinh - 2018) Cho j dx=aln=+b, v6i a, b 1a céc sb
0 cosx) —5cosx+6 c

hitu ti, ¢>0. Tinh téng S=a+b+c.
A. S=3. B. §=0. C.S=1. D. S=4.

(Thanh Chuwong 1 - Nghé An - 2020) Cho ham sé y=/(x) c¢6 f(0)=1 va

T

4
f'(x)=tan’ x+ tan x, Vx € R . Biét J.f(x)dx: a
0

”;a,beQ,khidéb—a bang
A. 4. B. 12. C.0. D. 4.
(Tién Lang - Hai Phong - 2020) Cho ham sé y=f(x) c6 f(0)=0 va
/" (x)=sin® x—cos’ x—4sin’x, Vx e R . Tinh / =]€16f(x)dx
0

A. I=107". B. /=160r. C.I=16r". D. [=-107".

1

‘ dx
(D& Tham Khio 2017) Cho [—

l+e ) .
=a+bln7,vc'n a, b lacacsohituti. Tinh S=a’+b".

v e +1

A §S=-2. B. $=0. C. S=1. D. §=2.

A , A e3lnx+l z o .
(Can Tho - 2018) Cho tich phan I:j dx.Neu dat t =Inx thi

x
1
1 e e 1
A I= j3’+1 B.1=j3”1dt. C.I=[(3t+1)dt.  D.I=[(3t+1)dr.
e

0 1 1 0

(Chuyén Lé Hong Phong Nam Pinh 2019) Cho /= I—dx aln3+bln2+—, voi
1 x(lnx+2) 3

a,b,ceZ. Khéng dinh nao sau dau dung.

A, @’ +b*+c* =1. B. a’+b*+c*=11. C.a*+b*+c*=9. D. &’ +b* +c* =3.
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4
Cau 63. (Viét Pirc Ha Noi 2019) Biét 7 = j xIn(x* +9)dx=aln5+bIn3+c trong d6 a,b,c la cac sb
0

thuc. Gid tri cia biéu thitc T=a+b+c 1a:

A.T=11. B. 7 =9. C. T =10. D. 7T =8.
2 Inx :
Ciued. Cho X(IN¥+2) ohg qua dang / =Ina+b ygi a>0 beR Khing dinh nao sau day
ding?
3001 301
A. 2ab=-1. B. 2ab=1. C.-b+ln—=-—. D.-b+ln—=-.
2a 3 2a 3
Cau 65. (THPT Gia Ljc Hii Dwong 2019) Cho [ 21“—’““12dx=1nﬂ—£ véi @, b ¢ 1a cac sb
1 x(Inx+2) b d

coa coo A A L Ar s ,
nguyén duong, biét Z’Z 1a cac phan s6 tbi gian. Tinh gia trj a +b+c+d 9

A. 18, B. 15. C. 16. D.17.
1 3 X 3 Ax
Ciu 66. (Kim Lién - Ha Ngi - 2018) Biét [ trrer2 g1y 1 ln( + jvc’ri m,n, p
0 r+e2 m elnn e+

1a cac s6 nguyén duong. Tinh tong S=m+n+ p.

A. §=6. B. §=5. C.S5=7. D. §=8.
¢ (3x3 —l)lnx+3x2 -1
Cau 67. (THPT - Yén DPinh Thanh Héa 2019) Cho j

1

dx=ae’+b+c.In(e+1) véi
l+xInx

a,b,c 1a cac sb nguyén va Ine=1. Tinh P=a> +b> +¢>.

A. P=9. B. P=14. C. P=10. D. P=3.

, In2 dx 1 ,

Ciau 68. Bict 1=J. —7=—(lna—lnb+lnc) voi @, b ¢ 1a cac s6 nguyén duong.
0 e"+3e+4 ¢

Tinh P=2a-b+c.

A. P=-3. B. P=-1. C. P=4. D. P=3
2
Ciu 69. (Chuyén Ha Long - 2018) Biét J. 2x+i dlen(lna+b) v6i a, b 1a cac sb nguyén duong.
X" +xInx
Tinh P=a’>+b*>+ab.
A. 10. B. 8. C.12. D. 6.

1(x2+x)ex )
Cau 70. (Chuyén Thai Binh 2018) Cho J.—ﬂ(dx:a.e+bln(e+c) v6i @, b, c€Z Tinh
v x+e
P=a+2b-c.
A. P=1. B. P=-1. C. P=0. D. P=-2.

Cau71. (Chuyén KHTN - 2020) Cho ham s6 y = f(x) biét £ (0) =% va f'(x)=xe" véimoi xeR.

1
Khi do J.xf(x)dx bang
0

AL B. &L c. &1 p. &1
4 4 2 2
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2Inx+1

Ciu72. (Chuyén Nguyén Binh Khiém - Quing Nam - 2020) Biét ring f = amn2-2

Cau 2.

Cau 4.

Cau 5.

x(lnx—H) ¢
r.: \ 7 A A \ b \ A A JAs o s
vOi a,b,c 1a cac so nguyén duong va — la phan so toi gian. Tinh S=a+b+c.
¢

A. §=3. B.S=7. C. §=10. D. §=5.

4 . b b b
Néu u,v ¢6 dao ham lién tuc trén (a;b) thi |7 =I u.dv=u.v|a —I v.du|.

Ch U= e, m)du— ........... dx
on Nguyén ham
dv=...... dxgy—> V= ieeeenenn

Nhan dang: tich hai ham khac loai nhan nhau (vi du: mii nhéan lugng giac,...)
Thi ty vu tién chon u 1a: "log — da — lrgng — mii" va dv 1a phan con lai.

Nghia 1a néu c6 In hay log, x thi chon u=In hay u=1log, x:%.lnx va dv= con lai. Néu
na

khong c6 In; log thi chon u = da thirc va dv = con lai,...

CHU Y:. fab(hém mii). (lwong giac). dx —— tich phéan ting phan luan hoi.
NghTa la sau khi dét u, dv dé tinh tich phén tirng phén Va‘l tiép tuc tinh f udv s& xuat hién lai tich

coe e

day 1a phuong trinh bac nhat an 13 I LA I.

2 2
(D& Tham Khio 2020 Lin 2) Xét j xe" dx, néu dit u=x thi j xe" dr bing

0

2 4 2 4
1 1
A. ZIe"du. B. ZIe"du. C. —je’du D. —je’du
0 0 20 20
(P& Minh Hoa 2017) Tinh tich phan 7 = j xIn xdx:
1
2 _ 2 2
A 7=S1 B. /-1 c.7-¢2 I
4 2 2 4

(M3 103 2018) Cho j(1+x1nx)dx=ae2 +be+c véi a, b, ¢ 1a cac sb hitu ty. Ménh dé nao
1

dudi day dung?

A.a+b=c B.a+b=—c C.a-b=c D.a-b=-c

e

(Ma 104 2018) Cho [(2+xInx)dx = ac’ +be+c véi a,b,cla cac s hitu ti. Ménh dé nao sau
1

day dang?

A.a+b=c B.a-b=c C.a-b=-c D.a+b=—c

1
(THPT Nguyén Viét Xuén - 2020) Biét jxln X +1)dx aln2—— (voi a,b,c eN" va b la
¢
0

phan s6 t6i gian). Tinh P=13a+10b+84c.
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A. 193. B. 191. C. 190. D. 189.
Ciu 6.  (Nguyén Trii - Thai Binh - 2020) Cho « 1a sé thuc dwong. Tinh 7 = J.sinzo'(’ x.cos(2018x)dx

0

bang:

A - cos”® a.sin2017a B. /- sin®" a.c0s2017a
o 2016 ' U 2017

C. - sin®” a.co0s2017a D. [ cos™® a.cos2017a
| 2016 ' ) 2017

Cidu7. (Chuyén Lwong Vin Ty - Ninh Binh - 2020) Cho ham sbf (x) co f (0)=—1Vé
1
f’(x)zx(6+12x+e”‘),VxeR. Khi d6 jf(x)dxbéng
0

A. 3e. B. 3¢7'. C. 4-3¢". D. -3¢

4
Cau8. (Chuyén Bic Ninh - 2020) Biét 7 = j xIn(x* +9)dxr=aln5+bIn3+c trong d6 a, b, ¢ 1a cic
0
sb thuc. Tinh gia tri cia biéu thic T=a+b+c.
A.T=9. B.T=11. C.T=8. D. 7=10.

1
Cau9. (Chuyén Hing Vwong - Phd Tho - 2020) Xét ham sb f(x)=e" + j xf(x)dx. Gia tri
0

cta f(In(5620)) bang
A. 5622. B. 5620. C. 5618. D. 5621.
1

Cau 10. Tich phan [ (x—2)e™"dx bing
0
-5-3¢ 5-3¢’ 5-3¢’ 5+3¢’

A — = B. . C. : D. .
4 4 2 4

1
Ciau 11. (THPT Cam Giang 2 2019) Biét rang tich phan j (2x+1)e’dx=a+b.e, tich a.b bang
0

A. -15. B. 1. C. 1. D. 20.
tInx b

Céiu 12. (THPT Hung Vwong Binh Phuéc 2019) Cho tich phan / ZI—de=—+aln2 v6i a la sd
X c

1
\ \ 4 A A N b \ A A A s o ’ s . 5 + A ’
thuc, b va ¢ la cac sO duong, dong thoi — la phan s to1 gian. Tinh gid tri cia biéu thic
¢

P=2a+3b+c.
A. P=6. B. P=5. C. P=-6. D. P=4.

Cau 13. (THPT L& Xoay Vinh Phic 2019) Cho tich phan 7 = [ (x—1)sin2xdx. Tim dang thirc dung?

ct—n |y

cos2xdx . B. [ = —%(x—l)cos2x -

0

A. I =—(x—1)cos2x— cos2xdx .

O n |y
O |y
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

TAI LIEU ON THI THPTQG 2021

T
T

L
C.1I Z—%(X—I)COSZX ! +% cos2xdx. D. J =—(x—1)cos2x ! +Icostdx.
0

0 0

O [N

(Chuyén KHTN 2019) Biét rang ton tai duy nhdt cac bd sé nguyén a,b,c sao cho
3
[(4x+2)Inxdr=a+bIn2+cin3. Gid tri cta a+b+c bang

2

A. 19. B. -19. C.5. D. -5.
< . r ln(1+x) y. \ P A1~ > 3
(HSG Bic Ninh 2019) Cho j—zdx:aln2+bln3, véi a,b 1la cac s6 hiru ti. Tinh
X
1
P=a+4b.
A. P=0 B. P=1 C. P=3 D. P=-3
21000 1nx
Tinh tich phén 7 = j ———dx , ta dugc
1 (x+1)
In 2" 2 10001n 2 21000
A. 1:_—1+21°°° +10011n—1+2]000 . B. I=- 50 n1+21°°° .
In 2" 2 10001n2 2100
C. ]:W_IOOIIHW. D. /= 1+21000 — 1’114_21000 .

2
Biét [2xIn(x+1)dx=alnb,véi a,beN', b la s6 nguyén t6. Tinh 6a+7b.
0
A. 6a+7b=33. B. 6a+7b=25. C. 6a+7b=42. D. 6a+7b=39.
(Chuyén Hung Yén 2019) Biét rang j Inxdx =1+2a, (a>1). Khang dinh nao dudi day la
1
khang dinh dtng?
A. ae(18;21). B. ae(1;4). C. ae(ll;14). D. ae(6;9).
1
(KTNL GV Bic Giang 2019) Cho tich phan J.(x—2)exdx =a+be, v6i a;beZ . Tong a+b
0

bing
A. 1. B. -3. C.5. D. 1.

2
(KTNL GV Thuin Thanh 2 Bic Ninh -2019) Tinh tich phan = J.xexdx.
1
A l=¢". B. [ =-¢". C.l=e. D. [ =3¢* —2e.
3
(THPT Yén Phong S6 1 Bic Ninh 2019) Biét rang j xInxdx=mIn3+nln2+p trong do
2

m,n,peQ.Tinh m+n+2p

A.é. B.g. C.0. D. —%.

4 2
r 2 r
(Chuyén Lam Son Thanh Héa 2019) Biét ijln(1+x)dx=a.lnb, voi a,beN", b 1a sbd
0

nguyén to. Tinh 3a +4b.
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A. 42. B. 21. C.12. D. 32.
; ; tlnx b ;
Céu 23. (Chuyén Quoc Hoc Hué 2019) Cho tich phéan [ :J—zdx =—+aln2 v6i a 1aso thuc, b va ¢
X c

1

\ ’ A A A N b \ A A A so ’ s . 5 R 4
la cac sO nguyén duong, dong thoi — la phan sO toi gian. Tinh giad tri cua biéu thuc
c

P=2a+3b+c.
A. P=6 B. P=-6 C. P=5 D. P=4
3
Ciu 24. Biét [ = j x2 dxzﬁﬁ—lnb.Khidé, gid tri cia a” +b bang
0COS X a
A. 11, B. 7. C. 13. D. 9.

S F(x)+2x+In(x-1)],
Ciu25. Cho [In(x* —x)dy = F(x),F(2)=2In2 4. Khido 1=j[ (x)+ 2+ In(x )}Jx béing
2

X
A. 3In3-3. B. 3In3-2. C.3n3-1. D. 3In3-4
A A A ; TA oA oA A 2 X \/g re N J4
Cau 26. (Chuyén Lé Quy Don Dién Bién 2019) Bict I:J —dx=—7z-Inb, v6i a, b la cac so
? COS™ X a
nguyén dwong. Tinh gié tri ctia biéu thirc T =a” +b.
A. T=9. B. T=13. C.T=7. D. T'=11.
n n L R 21n(l+2x) a L. .
Cau 27. (Thpt Lé Quy Pon Pa Nang 2019) Cho j—zdx=51n5+bln3+cln2,voq a,b,cla
1

cc s6 nguyén. Gié tri clia a+2(b+c) la:

A. 0. B. 9. C. 3. D. 5.
ZIn(1+ ,
Cau 28. Cho jn(—zx)dxzalnzwlns,véi a, b 1a cac sb hitu ti. Tinh P =ab.
X
1
A.P=%. B. P=0. C.P=_79. D. P=-3.

1
Ciau29. (KTNL GV Bic Giang 2019) Cho tich phan j(x —-2)e'dx =a+be, véi a;beZ. Tong a+b
0

bang
Al B. -3. C.s. D. —1.
41n(sinx+2 .
Ciu30. (& Phii The 2019) Cho | n(sinx i C0SY) e~ aln3+bIn2 4 ex voi a, b, ¢ 1a cac sb hitu ti.
0 Co8™ X

Gi4 tri ciia abc bang
A. 15 B. Bl C.
8 8

RO
(o¢]
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12 1 € ,
Cau3l. (Chuyén Thai Binh 2019) Biét j (1+x—i]2 *dx =%ed trong d6 a,b,c,d 1a cac sb nguyén
1 X

12

dwong va cac phan sd %,g 1a t6i gian. Tinh bc —ad .
A. 12. B. 1. C. 24. D. 64.
2x+ln(x+1) a ¢ « adcC
Cau 32. (THPT Yén Khanh A 2018) Cho I—de=—+—ln3 (voi a,ceZ;b,deN ;—— la
D (x2) b bd
cac phén s0 toi gian). Tinh P=(a+b)(c+d).
A. 7. B. -7. C.3. D. -3.
. 1 .
Cau 33. (Ping Thiic Hira - Nghé An - 2020) Cho hamso y = f(x) c6 f(1) = va f'(x)= ( al )2 voi
x+1

b 7 \ , A A \ A .0
dx=aln—-d voi a,b,c,d 1a cac sO nguyén duong, b <3 va — toi gian.
C

2
x>-1. Biét If(x)
1 c

Khi d6 a+b+c+d bing
A. 8. B. 5. C.6. D. 10.
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Chuyén dé 26 TiCH PHAN - PHONG PHAP TINH TiCH PHAN

TAI LIEU DANH CHO HQC SINH KHA — GIOI —- XUAT SAC MUC 8-9-10 PIEM

Dang 1. Tich phan Ham an
5 r . ‘70

Dang 1.1 Giai bang

b
Thong thuong néu trong bai toan xuat hién j f [u (x)] dx thi ta s& dat u(x)=1

Caul. (Chuyén Bién Hoa - Ha Nam - 2020) Cho ham s f (x) lién tuc trén R va thoéa man
1 2
[ £ (x)dx=9.Tich phan [[ f(1-3x)+9]dx bing
-5 0
A. 15. B. 27. C.75. D. 21.

Cau2. (Chuyén Lam Son - 2020) Cho ham s6 f(x) lién tyc trén doan [0;10] théa man
10 10 1
jf(x)dx=7,jf(x)dx=1_Tinh P=jf(2x)dx.
0 2 0
A. P=6. B. P=-6. C. P=3. D. P=12.

5 2
Cau3.  (Chuyén Béc Ninh - 2020) Cho = [ f (x)dx =26.Khi do J = jx[f(x2 +1)+1]dx bing
1 0

A. 15. B. 13. C. 54. D. 52.
, Hf (V)
Caud4. (Chuyén Lao Cai - 2020) Cho ham s0 y = f(x) lién tuc trén R thoa man I NP dx=4 va
1 NX
5 3
jf sinx)cos xdx = 2. Tich phan [ = If(x)dx bing
0 0
A. I =8. B. [ =6. C.I1=4. D. /=10.

5 2
Cau5. (THPT Cam Giang 2019) Cho biét j f(x)x=15. Tinh gid tri cia P = [[ /(5-3x)+7]dx.
-1 0
A. P=15. B. P=37. C. P=27. D. P=19.
4
Ciu6. (THPT Lwong Thé Vinh Ha Ngi 2019) Cho [f(x)dx=2018. Tinh tich phan
0
2

1={[f(2x)+ f (4-2x)]dx.

0

A. I1=0. B. 1 =2018. C. 1=4036. D. 1=1009.

2
Cau7. Cho y=/(x) 1a ham s6 chén, lién tuc trén [-6;6]. Biét ring jf(x)dx:S; jf(—Zx)dx=3.

-1 1
6
Gid trj cia = [ f(x)dx la
-1
A I=5. B.[=2. C.1=14. D. /=11.

Facebook Nguyén Vuong € https:/www.facebook.com/phong.baovuong Trang 1




NGUYEN BAO VUONG - 0946798489
Ciu8. (THPT Poan Thwong - Hai Dwong -2019) Cho ham sé f (x) lién tuc trén R va

7].f(x)dx:2018,t1’nh Izjixf(xz)dx,

A. 1=1008. B. 1=2019. C. 1=2017. D. 7 =1009.
2 . 4f(\/;) .
CAu9.  (Chuyen Phan Bji Chau Ngh¢ An 2019) Cho [ (x)dx = 2. Khi d6 j de bing
1 1 X
Al B. 4. C.2. D. 8.

2 5
Cau 10. (Sé Ha N§i 2019) Cho [ f(x* +1)xdr=2 . Khido /= [ f(x)dr bing
1 2

A. 2. B. 1. C. 4. D. -1.
3
Cau1l. Cho f,g ld hai ham s6 lién tuc trén [1;3] thoa man diéu kién [[ £ (x)+3g(x)Jdx=10 déng thoi
3 3 2 1
j[Zf(x)—g(x)]dx=6. Tinh Jf(4—x)dx +2J‘g(2x—1)dx
1 1 1
A.9. B. 6. C.7. D. 8.

1 2 7
Cau 12. Cho ham s6 f(x) lién tuc trén R thoa [ f(x)dr=2 va [ f(3x+1)dx=6. Tinh 7 = [ f(x)dx.
0 0 0

A. 1=16. B. 7 =18. C.1=8. D. 1=20.

Cau 13. (THPT Quynh Luu 3 Nghé An 2019) Cho f(x) lién tuc trén R thda man f(x) = f(lO—x) va
7 7
[/ (x)dx=4.Tinh I =[xf (x)d.
3 3
A. 80. B. 60. C. 40. D. 20.

1
Ciu14. (THPT Quang Trung Péng Pa Ha Nsi 2019) Cho If(x)dx=9. Tinh
0

I = f(sin3x)cos3xdx.

Oy [N

A. I=5. B. /=9. C. 1=3. D. I1=2.

4
Ciu15. (Chuyén Qudéc Hoc Hué -2019) Cho tich phan /= j f(x)dx=32. Tinh tich
0

2
phan.J = [ £ (2x)dx.
0
A J=32 B. J =64 C.J=8 D. J =16

9
Ciu 16. (Viét Pirc Ha Ngi 2019) Biét /(x) 12 ham lién tuc trén R va jf(x)dx =9 . Khi d6 gia tri cua
0
4

[£(3x-3)dx 1a

1

A. 0. B. 24 . C. 27. D. 3.
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

TAI LIEU ON THI THPTQG 2021

1
(Pé Thi Cong Bang KHTN 2019) Cho ham s6 f(x) thoa man j f(2x)dx =2 .Tich phéan
0

I f(x)dx bang

A. 8. B. 1. C.2. D. 4.

2017

1
Cho ham f(x) thoa méan J. f(x)dx =1. Tinh tich phan / = J.f(2017x)dx.
0 0

1

[=——. B. 71=0. C. 1=2017. D. I =1.
2017

2 1
Cho tich phén [ f(x)dx=a . Hay tinh tich phan 7 =[x/ (x* +1)dx theo a.
1 0

a

A. I=4a. B. /= C.I=2 D. /=2a.

a
7
(Thpt Hoang Hoa Tham Hung Yén 2019) Cho ham s6 f(x) lién tyc trén R va théa mén

2

/(i x)dx=2.T1’nh _z[f(zx)dx.

tan x.f(coszx)dx =2 va J.m
x

O e [N

e

3
A. 0. B. 1. C. 4. D. 8.

2 2 x>1
FAdhazl

(THPT Lwong Thé Vinh Ha N@i 2019) Cho ham sé y= f(x)={5 |
—-Xx;x<

I:2?f(sinx)cosxdx+3.1[f(3—2x)dx.

A.Iz%l. B. I =31. C.1=32. D.I=%.

2
(THPT Yén Khanh - Ninh Binh- 2019) Cho I:jf(x)dx=2. Gia tri cua
1

Esinxf(x/3cosx+1) .

j dx bang

0 J3cosx+1

A2 B. 2. c? D. 2.
3 3

5

4
(Chuyén Lé Hong Phong Nam Pinh 2019) Biét jf(x)dx:S va jf(x)dszO. Tinh
1 4
2 In2

[£(4x=3)dx— [ f(e)eax.

1 0

A I=—. B. I =15. C.I= D. 1=25.
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

(Chuyén Thai Binh 2019) Cho f(x)la ham sb lién tyc trén Rthéa man
2

f(xX)+f2-x)= x.e"z, Vx eR. Tinh tich phéan | = If(x)dx .
0

4_ —
e -1 B.7=2¢"1 C.l=¢"-2. D.[=¢" -1,
4 2

(Chuyén Vinh Phic Nim 2019) Cho ham s6 /(x) lién tuc trén R théa man f(2x)=3/(x),

1 2
Vx e R. Biét rang If(x)dx=1. Tinh tich phan 7 :jf(x)dx.
0 1

~

A. =5 B. /=6 C.1=3 D.7=2

3 : /(n’x)

2 e
Cho ham s f(x) lién tyc trén R va théa man Itan x.f(cos2 x)dx =2 va I dx=2.
0

xInx

2

Tinh j de.
1 X
4

A. 0. B. 1. C. 4. D. 8.
(Chuyén KHTN 2019) Cho ham sé f(x) lién tuc trén R  thoa maén

fQlx

i 1/ Q) AER)
[ tan x. £ (cos® x)dx = | dx =6. Tinh tich phan | === dx
0 f X 1 X

2
A. 4 B. 6 C.7 D. 10
(Chuyén Lé Quy Pén - Pa Ning - 2018) Cho ham sb f(x) lién tyc trén R thoa

2018 NCS ¥ .
! f(x)dx =2 . Khi do tich phan ! - /(In X +1))dx bing
A. 4. B. 1. C.2. D. 3.

T

4
(Chuyén Vinh Phic - 2018) Cho ham s6 f(x) lién tuc trén R théa méan J.f(tan x)dx=3 va
0

szf(x)dle. Tinh I:jf(x)dx.

X +1
A. =2, B. /=6. C.71=3. D. /=4.
(SGD Thanh Héa - 2018) Cho ham s6 f(x) lién tuc trén R va théa man
% 16f \/; 1 4
Jcotx.f(sinz x)dxzj ( )dle.Tinh tich phan If( x)dx.
V4 1 X 1 X
4 8
A. 1=3. B.I=§. C.I1=2. D.I=§.
2 2

(SGD - Nam Dinh - 2018) Cho ham sé f(x) lién tuc trén doan [L4] va théa man

2Wx -1 h
):f( )+1nx.TinhtichphanI=]f(X)dX-
3

f(x \/; ¥
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Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

TAI LIEU ON THI THPTQG 2021
A. [=3+2In"2. B. /=2In%2. C.I=In"2. D. /=2In2.

(Nam Dinh - 2018) Cho ham s6 y=f(x) lién tuc tén [1;4] va théa man

f(x):f(2&—1)+1nx
Jx x

A. 1=3+2In"2. B. /=2In"2. C./=In*2. D. /=2In2.

(Chuyén Hung Vuwong - Gia Lai - 2020) Cho ham s f'(x)lién tyc va la ham sb ¢ trén

4
. Tinh tich phan 7 = J. f(x)dx.
3

0
doan[-2;2]. Biét ring I f(x)dx=—1,| f(-2x)dx =2 .Ménh d nao sau day ding?
-1

.\,\_.t._._

2

A. J.f(x)dx=2.2[f(x)dx. B. jf(x)dx=—4.

C. jf(x)dx=—1. D. [/ (x)dx=-3.

1
(Chuyén Son La - 2020) Cho f(x) 1a ham s lién tuc trén R théa f(1)=1 va jf(t)dt :%.
0
Tinh
3
I:Jsin2x.f’(sinx)dx
0
AT=2 B./=2. cr=-2 D=1,
3 3 3 3
(Chuyén Vinh Phic - 2020) Cho ham 6 f (x) lien tuc trén R va
), 3
dx =4, sin x)cos xdx = 2. Tinh tich phan [ = x)dx
[ ae=a [ rlsns) phin 1= [ 1
A. 1=6. B. /=4. C. 1=10. D.I=2.

1
(S¢ Hung Yén - 2020) Cho f ( )llen tuc trén R thoa man f (x (2020—x) va

2017 2017

J. f(x)dx = 4.Khi d6 J. xf (x)dx bang

3

A. 16160. B. 4040. C. 2020. D. 8080.
(S& Phit The - 2020) Cho ham so f(x) c6 dao ham va x4c dinh trén R. Biét f(1)=2 va

jolxzf j41+j{7 ( \/;)dx:4.Giétricﬁajolf(x)dxbéng

A. 1. B.E. C.E. D.
7 7

1
-
(S¢ Yén Bai - 2020) Cho ham s y=f(x)lién tuc trén R va théoa man

4
4xf(x*)+6f(2x) = %x3 +4. Gié tri If(x)dx bang
0

52 B. 52. C. ﬁ D. 48.

125 25
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Cau39. (P6 Lwong 4 - Nghé¢ An - 2020) Cho f(x)lién tuc trén Rva théa man

1 2

£(2)=16,] f(2x)dx =2. Tich phan [xf'(x)bx bing

0 0

A. 30. B. 28. C. 36. D. 16.

Cau40. (Kim Lién - Ha Ngi - 2020) Cho ham s6 f/(x) lién tuc trén doan [0;1] va | f(sinx)dx=5.

S o |y

Tinh 7 = [ xf (sin x)dx
0
5
A.]=§7r. B. I=10r. C. [=5. D.I=5x.
Ciu 41. (THPT Hoang Hoa Tham - Hung Yén 2019) Cho ham s f(x) lién tuc trén R, thoa méan
z ¢ f(Inx? 2
j“tanx.f(cosZ x)dx=2 va j dezZ. Tinh Ifde
0 ¢ xlnx 7 X
A. 0. B. 1. C. 4. D. 8.

Ciu42. (Hung Vwong Gia Lai 2019) Cho ham sé y=f(x) lién tuc trén {%;3} thda

3
m51nf()c)+x.f(lj=x3 —Xx . Gia tri tich phan I:J. /Z(x) dx bang:
X L X+ X
3
AL B. 10 c.?2 D. 2.
9 9 3 4
Théng th S b it hi i()f()dx aa |80
ong thuong néu bai toan xuat hién x)f'(x ta s€ dat
g g C ag d dv:f'(x)dx

1
CAu43. (D& tham khio 2017) Cho ham sé f (x) thoa man [(x+1)f"(x)dx=10 va 2 (1)- £ (0)=2.

0
1
Tinh .[f(x)dx.
0
A. I=-12 B. /=8 C.I=1 D. /=-8

Ciudd. (Ma 104 - 2019) Cho ham s6 f(x) c6 dao ham lién tyc trén R. Biét f(3)=1
1 3
Vé.[xf(?)x)dx:l,khi do Ixzf'(x)dx bang
0 0

A.é. B. 3. C.7. D. -9.

3
Ciud45. (M 101 - 2019) Cho ham sé f(x) c6 dao ham lién tyc trén R. Biét f(4)=1 va

J.;xf(4x)dx =1, khi d6 I:xzf'(x)dx bang
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TAI LIEU ON THI THPTQG 2021

1
A.8. B. 14. C. 37 D. -16.
Caud6. (Ma 103 - 2019) Cho ham sé f(x) c6 dao ham lién tyc trén R. Biét f(6)=1 va
1 6
[xf (6x)dx=1,khi 6 [x°f(x)dx bing
0 0
1
A. %. B. 34. C. 24. D. -36.
Caud7. (Mi 102 - 2019) Cho ham sé f(x)cé dao ham lién tyc tréen R. Biét f(5)=1 va
1 5
fxf(Sx)dle,khi do fxzf'(x)dx béng
0 0
A. 15 B. 23 C. % D. —25
Ciu48. (Chuyén PH Vinh - Ngh¢ An -2020) Cho /(x) 1a ham s6 c6 dao ham lién tyc trén [0;1] va
1 | R ;
=——, | x.f(x)dx=—"_. Gia tri cia x)dx ban
f)= g [/ ()ar=o J £ (x)dx bing
A - B. . c. L. D.-—.
12 36 12 36
Ciu 49. (S6 Phii The - 2020) Cho ham s6 f(x) 6 f(1)=¢€’ va f'(x)= 2x2‘1e2x véi moi x khac 0.
X
In3
Khido [ xf(x)dr bing
1
2 2
A 6-¢. B. &% C.9-¢. p. 2=¢
2 2
Cau 50. (HSG Bic Ninh 2019) Cho ham s6 y= f(x) c6 dao ham lién tuc trén R va théoa min
2 1
f(2)=16, j f(x)dx=4.Tinh [ = j xf'(2x)dx .
0 0
A.1=20 B. /=7 C.I1=12 D. /=13
Cau51. (THCS - THPT Nguyén Khuyén 2019) Cho ham s6 f(x) c6 dao ham lién tyc trén [0;1] thoa
o, 1 B NI R S 3
man on f(x)dx——z, F(1)=0va Io[f (x)} dx—7. Gia tri ctia .[Of(x)dx bang
A B. —. c.t D.-L.
12 5 5 10
Ciu 52. (Chuyén Lé Quy Pon Quéng Tri -2019) Cho ham sé f (x) c6 dao ham lién tuc trén R va thoa
man
1 1
[ £ (x)dx=1,f(1)=cotl. Tinh tich phan I = [[ f(x)tan’ x+ f"(x)tanx ] dx.
0 0
A -1 B. 1—In(cosl). C.0. D. 1-cotl.
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Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

(THPT Ngo Si Lién Bic Giang 2019) Cho ham ) f (x) ¢6 dao ham lién tuc trén doan [0;1]
1 1

théa man f(1)=0, J‘x2f(x)dx=% Tinh Ixsf'(x)dx .
0 0

A. -1 B.1 C.3 D. 3

Biét m 1a s thuc thoa man

o=y

x(cosx+2m)dx=27" +%— 1. Ménh dé nao duéi day ding?
A. m<0. B. 0<m<3. C.3<m<6. D. m>6.

(Pé Tham Khao 2018) Cho ham s y=f (x) c6 dao ham lién tuc trén [0;1] thoa man
1 1 1

FM)=0, [[f'0]de=7 va [+ f(x)dx:%. Tinh tich phan [ f(x)dx
0 0 0

A. 4 B. % C.1 D.

NN

(THPT Poan Thuwong - Hai Dwong -2019) Cho ham s6 y = f (x) c6 dao ham lién tuc trén doan

[0:1] v £(0)+ £(1)=0. Bit [ /2 (x)dx=

N | —
S ——

f'(x)cos(7zx)dx :%. Tinh j.f(x)dx.

A. . B.3—”. C.z. D.
T

1
2 T

(Chuyén Vinh Phiic 2019) Cho ham sé f (x) c6 dao ham lién tuc trén doan [0;1] thoa méan

f(1)=o0, j[f’(x)fdxﬂ va j.xzf(x)dx:%. Tich phén jf(x)dx bing

0

A. % B. 1 C. D. 4

IS

(Chuyén Vinh Phiic 2019) Cho ham s6 f (x) co dao ham lién tyc trén doan [0;1] thoa man

f()=4, j[f’(x)]zdx:36 va j.x.f(x)dx:%. Tich phan jf(x)dx bang

0

A. é B. é C. 4 D. g
6 2 3
(Chuyén Vinh Phiic Nim 2019) Cho ham s f (x) c6 dao ham lién tuc trén doan [0;2] thoa
2

man f(2)=3, [[f'(x)] dx=4 va J-xzf(x)dx:%.Tichphén [ £ (x)dx bang

0
A2 el ¢, 36 p. 266
115 115 115 115

( Chuyén Vinh Phiic 2019) Cho ham s6 f (x) c6 dao ham lién tuc trén doan [0;1] thoa man
1 1 1

f(1)=4, I[f’(x)]zdx=5 va jx.f(x)dxz—%. Tich phan If(x)dx bang
0 0 0

g 17 17 p. 13
19 4 18 4
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Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

TAI LIEU ON THI THPTQG 2021
(Chuyén Vinh Phiic 2019) Cho ham sé f (x) c6 dao ham lién tuc trén doan [0;2] thoa mén

2)=6, I[f’(x)]zdx=7 va jx.f(x)dx=177. Tich phan :[f(x)dx bang

0

A. 8 B. 6 C.7 D. 5
(Chuyén Vinh Phic 2019) Cho ham sé f(x) c6 dao ham lién tuc trén doan [0;3] théa méan

3 3
3)=6, j[f’(x)]2dx:2 va [x.f (x )dx_ﬁ Tich phan jf dx bing
0 0
A3 g 17 c. 133 p. 13
5 20 5 5

( Chuyén Vinh Phiic Nim 2019) Cho ham s6 f (x) c6 dao ham lién tyc trén doan [0;1] thoa

mén f(1)=2, j[f )dezS va j-x3.f(x)dx:10.Tichphén jf(x)dx bang

0

2 198 o s p, 554
285 95 57 285
( Bic Giang - 2018) Cho ham s f(x) c6 dao ham lién tyc trén doan [0;1] thoa man f(1)=0 va
2 1
j[f j x+1)e"f (x )dx:eT_l. Tinh tich phan 1 = [ f (x)dx
0 0
A I=2-c. B./=c-2. c.r=< el
2 2

D. /=
(Nam Dinh - 2018) Cho ham s6 y = f(x) c6 dao ham lién tyc trén doan {0,%} va f( j:

i 1 i
Biét [ 1 :% | 7 (x)sin 2xdx:—%. Tinh tich phan 7 = [ f(2x)dx
0 0 0
1 1
A I=1. B./=—. C.1=2. D.I=-.
2 4

(Chuyén Vinh - 2018). Cho ham s y=/f(x) c6 dao ham lién tyc trén doan [0;1] va

£(0)+£(1)=0.Biét jfz(x)dxz

N | —
© e

f’(x)cos(ﬁx)dx:%. Tinh .:[f(x)dx

p. 2~
2

A. . B. C.

SN

1
—.

(THPT Tran Phii - Pa Ning - 2018) Cho ham s y = f(x) co dao ham va lién tuc trén [O;%}

sinx.f’(x)dx

ce—nly

i i
théa man f(zj:& .[f( ) =1 va j sinx.tan x. f (x ]dx=2. Tich phan
4 Oc 0

bang:

2432 14342

A. 4. B. . C.
2 2
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Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

1
Cho ham s6 f'(x) c6 dao ham f’(x) lién tuc trén doan [0;1] théa f(1)=0, I(f'(x))z dx =2
0

1 1

va _([cos(%xjf(x)dxzé. Tinh _([f(x)dx.

AZ B. 7. c. L p. 2.
2 V4 V4

(Chuyén Tran Phu - Hai Phong - 2018) Cho ham ) f (x) c6 dao ham lién tuc trén doan [0;1]
1

théaman f(1)=1, .!-[f'(x)}zdx:9 va z[ff(x)dxz%. Tich phan _([f(x)dx bang:

A. g B.

5 6
3 2

C. Z D. —.
4 5
(THPT Phan Chu Trinh - Pic Lic - 2018) Cho ham sé f (x) co dao ham lién tuc trén doan

1

[0;1] thoa man I[f’(x)]zdx=I(x+1)exf(x)dx= 624_1 va f(1)=0. Tinh Jf(x)dx

AL B. <. C.c-2. p. <.
2 4 2

(S& Phi Tho - 2018) Cho ham sé f(x ) c6 dao ham lién tuc trén doan [1;2] thoa man

2 2

[Ge=1)" £ (x)dx =-5, f(2)=0va j[f ] dx=7. Tinh tich phan 7 = [  (x)dx

1 1

AT=1. B.I=—_ C.r=—-. D.I=—.
5 5 20 20

(THPT Quing Yén - Quing Ninh - 2018) Cho ham s6 f(x) c6 dao ham lién tuc trén doan

1

[0;1] thoa man: f (1) Oj[f )]zdx=7véjx2.f(x)dx:

0

1
%. Tinh tich phan I = J.f(x)dx
0

A. I1=1. B.]=Z. C.1=4. D.I:Z.
5 4
(Yén Phong 1 - 2018) Cho ham sb y=f(x) c6 dao ham lién tuc trén [0;1] théa man
1
- I[f (07T dx—— va jx f(x )dx=1—71.Giétricﬁa _([f(x)dx la

A. ﬁ B. @ C.E. D.g.
11 21 7 4

(THPT Binh Giang - Hai Duong - 2018) Cho ham s f(x) c6 dao ham lién tuc trén [1;2] va

théa man f(2)=0, j(f'(x))zdx:—+lng va Jf (+)

dx:——2+ln% Tinh tich phan

1 1 x+1)2
2
'ff x)dx
1
A. é 2lng B. 1n§. C. é—2ln§. D. é+2ln§.
4 3 2 4 2 4 2
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Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

TAI LIEU ON THI THPTQG 2021
(Sé Bac Liéu - 2018) Cho ham s f(x) c¢6 dao ham lién tuc trén [O;I]théa man f(l)=0,

1 1

I[f'(x)]z dx:i—ln3 va L()d =2In3—— 8 . Tinh tich phéan Ide bang.

0 3 (2x+1) 3 y 4

A 1233 p. 27In3, c. ~n3. D.—In>.
3 3 16 16

(Sé Hung Yén - 2018) Cho ham sé f(x) c6 dao ham lién tuc trén [0;1] thoa man f(0)=1;
1 1 1
1 1 .
"(x)] dr=— va [(2x—1) f(x)dx=——. Tich phan [ f(x)dx bén
! [/ G dv = ! f o5 Tiehp !f g

iy B L c. D. L.
30 12 4 30°

(S6 Nam Dinh - 2018) Cho ham s6 yzf(x) c6 dao ham lién tuc trén doan {O;%} va

: : i
f{%)zO.Biét ffZ(x)dx:%’ jf'(x)sinzxdxz—%.Tinhtichphan I={f(2x)dx
0 0 ’

1

A.I=1. B.I=2 C.1=2. D.Izl.

4

2

Cho ham s6 f(x) lién tuc, c6 dao ham trén R, f(2)=16 va jf(x)dx:4. Tich phén

If[ )dx bing

A. 112, B. 12. C. 56. D. 144.
(Chuyén Lé Quy Poén Pién Bién 2019) Cho ham s6 f (x) liéen tuc trén R va

2

£(2)=16, ] f(x)dx=4. Tinh lzjx.f'(Zx)dx

0

A. 7. B. 12. C. 20. D. 13.

(Chuyén Bic Ninh - 2020) Cho ham sé f (x) c6 dao ham lién tyc trén R va thoa man

jf x)dx =10, f(1)=cotl. Tinh tich phan 7 = j[f Jtan® x+ f'( )tanx]dx.
A. l—ln(cosl). B. -1. C. 9. D. 1—cotl.

(Chuyén Lao Cai - 2020) Cho ham s f(x) c¢6 dao ham lién tuc trén [0;3] thoa man

3
7 .
= dx = =—— )dx bing:
0, _([[f :' X = J.\/XT . Tich phan J.f X bang

AL B.—_97_ c.Z. p.~/.
3 30 6 6
(Chuyén - Vinh Phiic - lan 3 - 2019) Cho ham s y = f(x) c6 dao ham lién tuc trén (0; 1) thoa
37z

man f(0) =0 va j fz(x)dx—— j (). cos—dx =~ Tinh j f(x)dx bang:
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AL B L. c. 2 p. 2
V4 T V4 /4
Ciu 83. (Hau Loc 2-Thanh Héa- 2019) Cho ham sé f ( ) nhan gia tri duong va c6 dao ham lién tuc

trén  doan [0;1] sao cho f(1)=1 va f(x).f(l—x):exz_x, ‘v’xe[O;l]. Tinh

L(2x* =3x7) f'(x
1=I< )f( )dx.
0 ()
AT=-L B. /=, C.r=-——. D. /=L
60 10 10 10
Ciu 84. (S&6 Nam Dinh-2019) Cho ham sé f (x) c6 dao ham lién tuc trén [1;2] va thoa man:
2 2
5 3
2)=0, "(x 2dx- va S ) —+In=. Tinh tich phin
/) !(f( ) "3 '!.(x+1) 22 P If X
A. 34—21né. B. lng. C. i—21ng. D. 3+21n%.
4 2 3 4 3 4 3

2

1
Cau 85. Cho ham sb y=f(x) c6 dao ham lién tuc trén [0;1] thoa man f(1)= 3:“]”(’“)] dx :% va
0

1 1
J.x4 f(x)dx = 1—71 . Gia tri cia J. f(x)dx la:
0

A2 B & B .2
11 21° 7 4
Cau 86. Cho ham sb f(x) c6 dao ham lién tuc trén doan [1;2] va théa man J.lz()c—Z)2 f(x)dx=—%,
=0, I [f == TlnhI xf (x
._—19. B. L. c. L. p. 1B
60 120 5 30

Ciu87. (Chuyén PH Vinh- 2019) Gid sir ham sé f(x) c6 dao ham cip 2 trén R thoa man
1
F()=7"(1)=1va f(1-x)+x".f"(x)=2x v6imoi x € R. Tinh tich phan Izjxf'(x)dx.
0

A T=1. B./=2. c. 71

3
Dang 1. Bai toan tich phan lién quan dén dang thire u(x) £ (x)+u'(x) £ (x) = h(x)
Phwong phap:
Dé dang thdy rang u(x)f (x)+u (x)f(x)=[u(x)f(x)]
Do d6 u(x)f (x)+u (x)f(x) = h(x) < [u(x) f (x)] = h(x)
Suy ra u(x) f(x) = j h(x)dx
Tir day ta dé dang tinh duoc f(x)
Dang 2. Bai toan tich phan lién quan dén biéu thirc £ (x)+ f(x) = h(x)
Phwong phap:
Nhan hai vé voi e* ta duroc e*- [ (x)+e* - f(x)=e* - h(x) = [ex ‘f(x)]’ =e" - h(x)

D. /=2,
3
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Suyra e - f(x)= Iex -h(x)dx
Tur day ta dé dang tinh duoc f(x)
Dang 3. Bai toan tich phén lién quan dén biéu thuc £ (x)— f(x) = h(x)
Phwong phap:
Nhan hai vé voi e taduroc e - f (x)—e ™ f(x)=¢e " - h(x) < [e’x - f (x)]’ =e " -h(x)

Suyra e - f(x)= j e - h(x)dx

Tur day ta dé dang tinh duoc f(x)

Dang 4. Bai toan tich phén lién quan dén biéu thure ' (x)+ p(x)- f(x) = h(x)
(Phuong trinh vi phéan tuyén tinh cap 1)

Phwong phap:

p(x)dx

Nhan hai vé vdi ej ta duoc

fﬁrJWW+puyJWWuﬂm=ameV“”c{f@yémw}=mmehmw
Suyra f(x)-el"" = [ h(x)ax

Tur day ta dé dang tinh duoc f(x)
Dang 5. Bai toan tich phan lién quan dén biéu thuc f'(x)+ p(x)- f(x) =0

Phwong phap:
Chia hai vé v6i f(x) ta dwoc f((x))+p(x) 0= J}(( ))_ —p(x)
Suy ra S @y j p(¥)dx < In| f(x)|= j p(x)dx

S (x)
Tir day ta dé dang tinh duoc f(x)

Dang 6. Bai toan tich phan lién quan dén biéu thirc " (x)+ p(x)-[f(x)]" =0

Phwong phap:

Chia hai vé v6i [ f(x)]" ta dugc % +p(x)=0< [j’f(% =—p(x)
S WACS)

Suy ra Imdx— J.p(x)dx@ - Ip(x)dx

Ciau 88. (Mi 102 2018) Cho ham sé f(x) théa man f(2)= -% va f'(x)=x[ f(x)]2 voi moi x € R. Gia
tri cia /(1) bang
2 2 7 11

— B. - = c. -+ D. ——
3 9 6 6

Cau 89. (Mai 104 2018) Cho ham sé f(x) théa man f(2):—— va f'(x)=x"[ f(x) ]2 véimoi xeR.
Giatricua f (1) bang
4 71 79

A —— B. - — c.-= p. -4
35 20 20 5

Cau90. (Minh hoa 2020 Lin 1) Cho ham s6 f(x) lién tuc trén R thio man

of (x0)+ f(1-2" ) =—x"" + x° —2x,vx e R . Khi do }f(x)dx?
-1
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Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cau 95.

Cau 96.

Cau 97.

Cau 98.

A._—17. B._—B. C.E. D. -1.
20 4 4
7 6 1
Cho ham s6 lién tuc trén | 0;1] tho a 1-x)=6x ) - . Khi @6 dx
o ham s6 f(x) lién tyc trén [0;1] théa man f(1-x) xf(x) Ao i o'([f(x)
béng
A. 4. B. —1. C.2. D. 6.

Cho ham s6 £ (x) xéc dinh va lién tuc trén R\{0} théa man x°f* (x)+(2x—1) f(x)=xf"(x)-1,

2
v6i moi x e R\ {0} dong thoi théa f (1)=—2. Tinh | f (x)dx
1

A. _111_2_1‘ B. —1n2—l. C. —1n2—§. D. _1n_2_§.
2 2 2 2 2
Cho ham ) f (x) lién tuc trén R thoa man
2 1,3 3 5 3 2 . A h N
f(x)+(x —l)f Zx —Zx—a =x"—4x" —=5x"+7x+6,Vx e R. Tich phan J.f(x)dx bang
1
A.l. B.l. C.7. D. —B.
7 3 3
Cho ham sb f (x) cO dao ham lién tuc trén doan [0;1] thoa man f (1) =1 va

1
(/'(x))" +4(6x> =1).f (x) =40x° —44x* +32x* —4,Vxx € [0:1]. Tich phan [ £ (x)dx bing?
0

23 B 13 c U7 —

-E. .E‘ . E. . 15.

Cho ham s6 f(x) c6 dao ham lién tuc trén R va théa min f(0)=3va
2
F(x)+ f(2—x)=x>—2x+2,VxeR. Tich phan j xf'(x)dx bing
0
A2 B.2. C.
3 3

-10
3

W | W
=4

Cho ham sé y=f(x) c6 dao ham lién tuc trén [24] va f'(x)>0,Vxe[2;4]. Biét
4’ f(x)=[f'(x)] -*', vxe [2;4],f(2)=%. Gid tri cia f(4) bang

4045 -1 205 -1 204/5 -1 4045 -1

A. . B. . C. . D. .
2 4 2 4

Cho ham s6 f(x) c6 dao ham lien tye tén [0;2] va théa f(1)=0,

1
(f'(x))2 +4f(x) =8x" —32x+28 v&i moi x thudc [0;2]. Gi4 tri cua J-f(x)dx bang
0

A2 B2 c.-2. D. -
3 3 3 3

):x2+2x+3

Cho ham sd f(x) lién tuc trén [0;1] va f(x)+f(1—x "
X+

, Vxe [0;1] . Tinh

;[f(x)dx
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Cau 99.

Cau 100.

Cau 101.

Cau 102.

Cau 103.

Cau 104.

Cau 105.

TAI LIEU ON THI THPTQG 2021
A.%+21n2. B.3+In2. C.%+ln2. D.%+21n2.

Cho ham s y = f(x) lién tuc trén [1 thoa man 3f (x)+ f(2-x)=2(x—1)e* > +4. Tinh tich
phan I = j f(x)dx ta duge két qua:
A.I=e+04. B. 1 =8. C.1=2. D. I=e+2.
Cho ham s6 f (x) lién tuc trén R thoa man
xf(x5)+f(l—x4) =x"+x* +x° =3x* + x+3,VxeR. Khi d6 Tf(x)dx bang

|

A2 B -2 c.-L. D.>2.
6 4 24 6

, 12 2 12 1
Cho ham s f(x)lién tuc trén 2.1 va thoa man 2702105 fés—%mx, OxOF5317. Khi d6
: X 1501

i)

W | =

1 0[] In3x.f'03x[dx bang:
2

15

A.llngDi. B.llnéDi. C.DllnEDi. D.DllngDi.
5 5 35 5 2 35 5 2 35 5 5 35

Cho ham s6 f'(x) lién tuc trén Rva théa méan f(x)+2xf(x2)= 2x" +3x —x—1 voi xeR.

1
Tinh tich phan Ixf (o )dx .
0
1 5

A —. B. —. C.
4 4

L_Iw
=]
|
|

Cho ham s f (x) lién tuc trén R thoa man

2x—2j_ —x'+x +4x—4

1
xzf(l—x)+2f( Vx#0,x#1.Khido [ f(x)dx b gia tri la
-1

X X
A 0. B. 1. c.l. D. 2.
2 2
Cho ham s6 f (x) lién tuc trén R thoa man
1, 3 3 i
f(x)+(x2 —l)f(zf —Zx—Ej =x"—4x’ —5x" +7x+6,Yx e R. Tich phan v[f(x)dx bang
1
A.l. B.l. C.7. D.—Q.
7 3 3

(Chuyén Bién Hoa - Ha Nam - 2020) Cho ham s6 f(x) lién tuc trén [—1;2] va thoa man diéu
kién f(x)=~x+2+xf (3-x7).

2
Tich phéan [ = j f(x)dx bang
-1

A.]=ﬂ. B.[=§. C.Izi. D./=2.
3 3 3
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Ciu 106. (Hiu Ljc 2 - Thanh Héa - 2020) Cho ham sé f'(x) c6 dao ham cép hai trén doan [0;1]dong

thoi théa min cac diéu kién f'(O)z—l,f’(x)<0,[f ] f” Vxe[O 1] Gia tri
f(O)—f(l) thudc khoang

A. (1;2). B. (-1;0). C. (0;1). D. (-2;-1).
Cau107. (Chuyén Bén Tre - 20200 Cho ham s& y=f(x) théa min
[f'()c)]2 +f(x).f (x)=x"-2x,Yxe R va f(0)=f(0)=2.Tinh gid tri cua T = f*(2)
L p, 26 e 4 p. 265
15 15 15 30

Céu 108. (Chuyén Thai Binh - 2020) Cho f (x) 1a ham sb lién tuc trén tap xac dinh R va thoa man

f<x2+3x+1):x+2. Tinh I:jf<x)dx

AL B2 c2 p. 2%
6 3 6 3

Ciu 109. (Chuyén Chu Viin An - 2020) Cho ham s6 y = f (x) lién tuc, co dao ham trén R théa méin diéu
5
kién f(x)+x(f'(x)—25inx) x’cosx,xe R va f( j:— Tinh I
0

A. 0. B. C. 1. D. .

NN

Ciu 110. (Chuyén Lé Hong Phong - Nam Pinh - 2020) Cho ham s f(x) thoa man f(O)z% va

ax/E+b
15

1
(\/;4— x+1)f'(x)=1,‘v’x2—l. Biét rang If(x)d = voi a,beZ. Tinh T =a+b.
0

A. -8. B. —24. C. 24. D. 8.

Cau 111. (Chuyén Hung Yén - 2020) Cho ham s6 f(x) lién tyc trén doan [0;1] théa man
1
4x.f(¥)+3f (1-x)=+1-x" . Tinh I = [ f (x)dx
0

Az B. = c. = p. Z.
T4 “16° "20° 6
Ciu 112. (Chuyén Nguyén Binh Khiém - Quing Nam - 2020) Cho ham s6 f (x) lién tuc trén khoang
5
(0;400). Biét £(3)=3 va xf'(2x+1)— f(2x+1) =x’,Vx & (0;+00). Gia tri cla Jf(x)dx bang
3

a2 B. 2. c.® D. 88.

3 3 4
Céu 113. (Chuyén Thai Binh - 2020) Cho ham s f'(x) c6 dao ham va dong bién trén [1;4], théa man

x+2xf (x)=[ f(x)] véimoi x<[1;4]. Biét f(l)z%,tinh I:jf(x)dx
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1188 1187 1186 9
. B.—. C.—. D. —.
45 45 45 2

Ciu 114. (Chuyén Thing Long - Pa Lat - 2018) Cho ham s f(x) lién tuc trén R thao man:
4
7/ (x)+4f(4-x)=2018xJx’+9, VxeR. Tinh I = [ f(x)dx.
0

A 2018 . B. 7063 . C. % D. 197764.

11 3 3 33

Cau 115. (THPT Ba Pinh 2019) Ham sé f(x) c6 dao ham dén cép hai trén R thoa man:
f? (l—x):(x2 +3)f(x+1). Biétrang f(x)#0,VxeR, tinh / =J%(2x—1)f"(x)dx.
0
A. 8. B. 0. C. 4. D. 4.
Céu 116. Cho ham s6 y = f(x) c¢6 dao ham lién tyc trén R thoa man x.f(x).f'(x) = f*(x)—x,VxeR va

2
¢6 f(2)=1. Tich phan j F2(x)dx
0

A. % B. C.2 D. 4

WA

Ciu 117. (THPT Pong Son Thanh Héa 2019) Cho ham s f(x) nhén gia tri khéng am va c6 dao ham

lién tuc trén R thoa man f'(x) =(2x+1)[f(x)]2 ,VxeR va f(O) =—1. Gia tri cta tich phan

.[Olf(x)dx bang
1 72\/5 27r\/§

A ——. B. -In2. C.——. D. - .
6 9 9

Cau 118. Cho ham sb f(x) c6 dao ham lién tuc trén R, f(O)zO,f'(O);tO va thoa man hé
thire £ (x)./"(x)+18x" = (3x* +x) f(x) +(6x+1) f (x); Ve R.

1
Biét I(x + 1)ef(x)dx =ae’ +b,(a,b € Q) .Giatricua a—b béng
0

A. 1. B. 2. C. 0. D.

w | N

Cau119. (Chuyén Train Pha Hai Phong 2019) Cho ham sé f(x) théa man f(x)>0 va

2
2 . .
f(x)-r"(x)= —M Vx e(0;1). Biet f(%j = %, khang dinh nao sau day dang?

e*xalx—x’
1 1 1 1 1 1 1 1 1 1

Céu 120. Cho ham sb f (x) lién tyuc va nhan gia tri khong am trén doan [0;1]. Gi4 tri nho nhét cia biéu

thac M =i[Zf(x)+3x]f(x)dx—i[4f(x)+x],/xf(x)dx bang
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Cau 121.

Cau 122.

Cau 123.

Cau 124.

Cau 125.

Cau 126.

1 B. - c. -+ D. -1

24 8 12 6
(Chuyén Nguyén Trai Hii Dwong -2019) Cho ham s6 f(x) c6 dao ham lién tyc trén R,
£(0)=0,7"(0)=0 va thoa man hé thire
f(x).f"(x)+18x” =(3x7 +x) f'(x) +(6x+1) f (x),Vx € R.

1
Bietj x+1 )dxza.ez-i-b,vc'ri a;beQ.Giatricua a—b béng.
0
2
A 1. B. 2. C.0. D.E.

(Bic Ninh 2019) Cho ham s6 f (x) lién tuc va c6 dao ham trén {—%,%} thdoa man

j.[fz(x)_zf(x).(?é—x)]dx:_% Ti hifz(x)dx_

A. lnz. B. lnz. C. lné. D. ln§.
9 9 9 9
(Chuyén Hung Vwong - Phi The - 2018) Cho ham s6 f(x) x4 dinh trén [O;%} thoa man

T

2 T 2-r 7 3

I[ 2\/7f( )sin(x—zﬂdsz.Tich phan ~[f()c)dx bang

0 0

AL B. 0. C.1. D. =
4 2

(THPT Héu Loc 2 - TH - 2018) Cho s6 thuc a > 0. Gia sit ham s6 f(x) lién tuc va luén duong

trén doan [0 a] théaman f(x).f(a—x)=1. Tinh tich phan [ = ~[—d)c ?

/(%)

2
a a D./=a.

A 1="2 B.I=2. c.r=2
3 2 3
(Chuyén Phan Bji Chau - Nghé An - 2018) Xét ham sé f'(x) lién tuc trén doan [0;1] va thoa
1
mén 2/ (x)+3/(1-x)=+1-x. Tich phan jf(x)dx bing
0

c.=. D.>.
15 5

A. B.

W | N
| =

(Ha Tinh - 2018) Cho ham s6 f (x) dong bién, c6 dao ham dén cap hai trén doan [0;2] va thoa
min [ £(x)] — £ (x)./"(x)+[ /(x)] =0.Biét £(0)=1, f(2)=¢’. Khido f(1) bing

5

3
A. &, B. 2. C.é. D. e2.
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Cau 128.

Cau 129.

Cau 130.

Cau 131.

Cau 132.

TAI LIEU ON THI THPTQG 2021
(THPT Ham Réng - Thanh Héa - 2018) Cho ham s y=f(x) c6 dao ham trén [0;3];

F(3=x).1(
j xf’(x) dx .
o [14 £ (3-x)] /7 (x)

A. 1. B.

x)=Lf(x)#-1 v6i moi xe[0;3] wva f(O)z%. Tinh tich phan:

C. D.

N | W

N | i
N | =

(Sé Binh Phuéc - 2018) Cho sb thuc a>0. Gia sir ham sb f ( ) lién tyc va luén duong trén
1

a

doan [0;a| théamén f(x).f (a—x)=1. Tinh tich phan / = J.de?
A I=2. B.1=2 C.I=a. p. =2,

3 2 3
(THCS&THPT Nguyén Khuyén - Binh Duong - 2018) Cho ham s6 y = £ (x) 1a ham s6 1¢é trén
R va dong thoi théa man hai diéu kién f(x+1)=f(x)+1, VxeR va f( = f , Vx#0.

1
Goi [ = I 2f(—x).dx. Hay chon khang dinh dung vé gia tri cta 7 .
oS (x)+1
A. Ie(—l;O). B. 16(1;2). C. 16(0;1). D. Ie(—2;—1).

(PHQG Ha Noi - 2020) Cho ham sb f(x)lién tuc trén doan [0;1] thoéa man diéu kién
1 1 1

[reode=2va | xf(x)dx:%. Hoi gid tri nh nhét cua [ f*(x)dx bing bao nhiéu?

0 0 0

A. 2 B. ﬁ C. 7. D. 8.

4 5
(S& Phi Tho - 2020) Cho ham s6 f(x)>0 va c6 dao ham lién tyc trén R, théa mén
f(x)

xX+2

(x+1)f'(x)= va f(0)= (1r122) Gia tri f(3) bang

A.%(4ln2—1n5)2. B. 4(4In2-1In5)". C.%(41n2—1n5)2. D. 2(4In2-In5)’.

(S& Phi Tho - 2020) Cho ham s6 f(x) lién tuc trén khodng (0;+0) va théa man

S(Vx) x4
2 —
f(x +1)+ s =
a+b+2c bing

29

A; B.5. C. 7. D. 37.

17
In(x+1). Biét [ f(x)dx=aln5-2Inb+c Vi a,b,c € R. Gid tri ciia
1

Ciu 133. (THPT Nguyén Viét Xuédn - 2020) Cho ham sé f (x) lién tuc trén doan [0;1] thoa méan

6x° f(x*)+4f(1-x)=3J1-x* . Tinh jf(x)dx
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T

AL B. ~. c. = D.
8 20 16

NG

Ciu134. (Yén Lac 2 - Vinh Phic - 2020) Cho ham s6 y=/(x) lién tuc trén R. Biét
2
f(4x)=f(x)+4x"+2x va f(0)=2.Tinh 7= 1 (x)dx.
0

147 B. 12 c. 148 D. 32,
63 63 63 63

Cau 135. (Kim Thanh - Hai Dwong - 2020) Cho ham sO f (x) ¢6 dao ham lién tuc trén [1;2] thoa man

2 2 2
J.(x—l)zf(x)dx:—%, £(2)=0va [ f'(x)] dx=7. Tinh tich phan /= [ f (x)dx.
1 1 1
AT=L. B. =" C.r=——. D. 1=

5 5 20 20

Ciu 136. (Lwong Thé Vinh - Ha Noi - 2020) Cho ham s6 y=f(x) lién tuc tréen R va thao man
1

sinx f (cosx)+cosx f(sinx) =sin 2x—%sin3 2x v6i Vx € R. Tinh tich phan / = If(x)dx bang
0

A.l. B. 1. C.l. D.l.
6 18 3

Ciu 137. (Chuyén Lam Son 2019) Cho ham s6 f (x) c6 dao ham lién tuc trén [0;7]. Biét f(0)=2e va

f(x) thoa man h¢ thie f'(x)+sinx.f (x)=cosx.e™,Vxe[0;7]. Tinh = If(x)dx (1am tron
0

dén hang phan tram).
A. I =6,55. B. 1 =17,30. C. [ =10,31. D. 1 =16,91.
Ciu 138. (Chuyén Thai Binh - 2019) Cho ham sé f (x) lién tyc va nhan gia tri duwong trén [O;l]. Biét
0 odx
f(x).f(1-x)=1 vé6i Vxe[0;1]. Tinh gid tri /=
) [0:1] ! 0
A2 B. L. c.1. D. 2.
2 2

Cau 139. (THPT CAm Binh 2019) Cho ham sb y=/f(x)cod dao ham trén khoang (0;+o0) thoa méan

3

5
X
f(x)=x.In| ——————|va f(1)=0. Tinh tich phan 7 =| f(x)dx.
) (X-f (x)—f(x)j " )
A.12In13-13. B. 13In13-12. C.12In13+13. D. 13In13+12.

Ciu 140. Cho ham sé f(x) khong am, c6 dao ham trén doan [0;1] va théa man f(1)=1,

[2f (x)+1-x"] f'(x)=2x[1+ f(x)], Vx€[0;1]. Tich phan jf(x)dx bang

A. 1. B. 2. C. D. %

W | =
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Cau 141.

Cau 142.

Cau 143.

Cau 144.

Cau 145.

Cau 146.

Cau 147.

Cau 148.

TAI LIEU ON THI THPTQG 2021
(Kinh Mén - Hai Dwong 2019) Cho ham s6 f(x) lién tuc trén R\{-1;0} thoa min diéu kién
f(1)=—21n2 va x.(x+1).f'(x)+f(x)=x2 +Xx (1) Biét f(2)=a+b.ln3 (a, b e@). Gia tri
ctia 2(a’ +b7) la:

A.ﬂ. B. 9. C.

.2
4 2

A|w

(86 Cin Tho - 2019) Cho him s§ y = f(x)x4c dinh va c6 dao ham f'(x) lién tuc trén [1;3];
f()#ovre[3; ()] =(x-1[f(x)] va f(1)=-1. Bié ring
if(x)dx=a1n3+b(a,beZ), gid tri cia a+b° bing

;. 4. B. 0. C.2. D.-l.

(Chuyén Lé Quy Dén Quang Tri 2019) Cho ham so f(x) nhén gi4 tri duong va théa méan
FO)=L (£ (x) =" (f (x)) . ¥xeR.

Tinh f(3)

A. f(3)=L1. B. f(3)=¢". C. f(3)=¢. D. f(3)=e.

Ham s6 f(x) c6 dao ham cép hai trén R théa man: f (1-x)=(x*+3).f (x+1)VxeR. Biét

f(x)#0,9xeR  tinh 1= [ (2x-1) /"(x) dx.
A 4. B. 0. C.s. D. 4.

(S6 Nam Pinh - 2019) Cho ham sb yzf(x) c¢6 dao ham lién tuc trén [0;1], thoa man

(f'(x)) +4/(x)=8x" +4,Yxe[0;1] va f(1)=2. Tinh jf(x)dx.

AL B.2. c.? . 2L
3 3 4
N X A .y . 5 ~ 1 _2f(x) 3 .
Cho ham s0 f(x) nhén gia tri dwong théa min f'(x)= +2x°, Vxe(0;+0) va
X
Pox 1 R ERT , M
dx =— . Gia tri cua biéu thuc f(2)+ f(3) ban
J;fz(x) 20 Leu u F(2)+1(3) g
A. 110. B. 90. C. 20. D. 25.

Cho ham s y=f(x) c6 dao ham lién tuc trén [0;1] théa man 3f(x)+xf'(x)2x2018,
Wx €[0;1]. Tim gi tri nho nhdt cia | f(x)dx.

A.;. B.;. C.;. D.;.
2018.2020 2019.2020 2020.2021 2019.2021

Cho ham sb yzf(x) lién tuc trén R\{O;—l} thoa man diéu kién f(l)=2ln2 va
x(x+1).f"(x)+ f(x)=x"+3x+2.Gid tri f(2)=a+bIn3,véia,beQ.Tinh a’+b’.

A2 B. 2. c.2. D.2.
2 4 4 2
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Ciu 149. (Chuyén Lé Hong Phong-Nam Pinh- 2019) Cho ham s6 y = f(x) lién tuc trén R théa man:

3f(0)+ f(2—x)=2(x— l)e"z’z“l +4,Vx e R. Tinh gia tri cia tich phan /= .[02 f(x)dx .
A I=e+2. B. [=2¢+4. C.1=2. D. /=8.
Ciu 150. (Chuyén Lé Hong Phong Nam Pinh 2019) Cho ham s y =f(x) c6 dao ham lién tuc trén
[2;4] va f’(x) >0, Vxe [2;4]. Biét rang
7(2) =% va 4x’ f(x) = [f’(x)]3 -x’, Vxe[2;4]. Gid tri cua f(4) bang

A. —205_1 . B. —405_1 . C. —205_1 . D. —405_1 .

Cau 151. Cho ham s y = f(x) lién tuc trén doan[e;ez]. Biét x* £ (x)-Inx—xf(x)+In*x=0,Vxe [e;ez]

1 “
va f(e)=—. Tinh tich phan / = If(x)dx )
e

A.1=2. B.IZ%. C.1=3. D. /=In2.

Dang 2.1 Tich phén ciia ham s6 1é va ham so6 chin
Nhac lai kién thirc v€ ham s6 1¢ va ham so chan:

Ham s y = f(x) c6 mién x4c dinh trén tap d6i ximg D va

Néu f(-x)=f(x), Vxe D= y= f(x): 1a ham s6 chén.

Néu f(-x)=-f(x),Yxe D = y=f(x):1aham sd I&.

(thay thé chd nao 6 x bing —x s& tinh duge f(—x) va so sanh véi f(x)).

Thuong gap cung goc dbi nhau cia cos(—x)=cosx, sin(—x)=—sinx.

] Néu ham s /(x) lién tuc va 1¢ trén [—a;a] thi jf(x).dx =0.

—a

j.f(x)dx=2if(x)dx

—a

j%dxzzf(x)dx

] Néu ham s £ (x) lién tyc va chén trén [—a;a] thi
Do nhiing két qua nay khong c6 trong SGK nén vé mat thuc hanh, ta 1am theo cic budc sau (sau

khi nhan dinh d6 12 ham chén hodc 1é va bai toan thwong c6 cin d6i nhau dang —a > a):

a 0 a
" Budc 1. Phan tich: 1= [ f(x).dx= [ f(x)dx+][ f(x)dx=A4+B.
S Za 0
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0
] Buéc 2. Tinh 4= j £ (x)dx ? bing cach ddi bién ¢ =—x va cin nh ring: tich phan khong phu thuge vao

bien, ma chi phuy thuéc vao gid tri cua hai cén, chiang han Iuén co:

IO 3t* cost B ¢ 3x?cosx

——dt = ——dx .
“2014] +5in” ¢ o 1sinT x

2. Tich phan ciia ham s lién tuc
b b
"INéuham s £ (x) lién tuc trén [a;b] thi [ £ (x)dx= [ f(a+b—x)dx.

[ Néuhamso £ (x) lién tuc trén [0;1] thi

+

f(cosx)dx.

— N
O o |y

f(sinx)dx =

->II o

Va

xf(sinx)dngﬁrf(sinx)dx va Ix.f(sinx)dx=%J.f(sinx)dx.

0

a
—+

a

N ——

—a 27—a 2 2

xf (cosx)dx =7 J. f(cosx)dx va J.x.f(cosx)dxzﬂjf(cosx)dx

0

2
+

Qe

— > V& mit thuc hanh, s& dat x= can trén + can dudi — ¢ (x = a+b—t). Tu d6 tao tich phan
xoay vong (tao ra I), rdi giai phuong trinh bac nhat voi an L.
I Néuhamsé f'(x) lién tyc trén R va tudn hoan véi chu ky T thi

a+T

J. f(x)dle.f(x)dx va };[Tf(x)dx:nif(x)dx_

Luu y: Him s f(x) c6 chuky T thi f(x+7)=f(x).

— > V& mit thuc hanh, ta s& lam theo cac budc sau:

a+T a+T

Budc 1. Tach: [ = j f(x)dx:_(‘lf(x)dx+1f(x)dx+ l f(x)dx (i)

A4 B C

a+T

Budc 2. Tinh C= [ f(x)dx?
T

.. x=a+T t=a .
bat x=t+T = dx=dt. Dobi can: { :{ . Khi do:

x=T t=0
C:jf(t+T)dt:—j.'f(t)dt:—}f(x)dx:—A (ii)

T
Thé (i) vao (ii) ta duogc: I=B=J.f(x)dx.
0
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Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

(Pé Tham Khiao 2017) Cho ham sb f (x) liéfn tuc trén R va thoa main

3z

f(x)+f(-x)=~2+2cos2x,VxeR.Tinh] = ,If(x)dx

A. I=-6 B. /=0 C.I1=-2 D. /=6

7[

(THPT Ham Réng - Thanh Hoéa - 2018) Cho j sin x —dx= \/7 \/E voi a,b,ceN,

\/1+x +Xx

b<15.Khi d6 a+b+c bang:
A. 10. B.9. C.11. D. 12.

(THCS - THPT Nguyén Khuyén 2019) Cho f (x) 1a ham s6 chan trén doan [—a;a] va k>0.
e s .t flx 3
Gia tri tich phan J;%dx bang
A. [/ (x)dx. B. [ f(x)dx. C.2[ f(x)dx. D. 2[ f(x)dx.
0 -a - 0

(Viégt Piwe Ha Noi 2019) Cho f(x),f(-x) lién tuc trén R va thoa min

2

2f(x)+3f(—x)= x21+4.Biét Iz:[f(x)dx=%. Khi d6 gia tri cua m 1a

A.-m=2. B. m=20. C. m=5. D. m=10.

(THPT Ham Réng Thanh Héa -2019) Cho ham s f(x), f(—x) lién tyc trén R va thda méan
1 , 2

2/ (x)+3f (-x) = - Tinh 1= f(x)dv

A T=" B. /=2, c./="%. p. /=%,
20 10 20 10

(Ha Noi - 2018) Cho ham sé y=/(x) 1a ham 1¢& va lién tuc trén [-4;4] biét
jf x)dx = 2vajf (—2x)dx=4. Tinh /= jf

A. I=-10. B.I=-6. C.I1=6. D. 7=10.
(Hong Quang - Hai Duong - 2018) Cho ham sé f(x) lién tyc trén doan [-In2;In2] va théa

1 In2

mén f(x)+f(-x)= (a;6€Q). Tinh P=a+b.

—In2

A. P= B. P=-2. C. P=-1. D. P=2.

(Chuyén PH Vinh - 2018) Cho y=f(x) la ham sb chin va lién tuc trén R. Biét
1 2 2
!f(x)dx%!f(x)dle.Giétrj cua J;%dx bang

A. 1. B. 6. C. 4. D. 3.

Trang 24 Fanpage Nguyén Bio Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021
2

Cau9. (SGD&DPT BRVT -2018) Ham s6 f(x) la ham s6 chin lién tuc trén R va [ f(x)dx =10 Tinh
0

2
ol
10

A.[:IO. B.I:?. C.I:2O D-[:S.

on
2°+1

Ciu 10. (Yén Phong 1 - 2018) Cho ham sb y=/f(x) la ham s6 chén, lién tuc trén doan [-1;1] va

1 1
£ . f(x) 3
dx=6.Ket ————dx b
Jlf(x) x ét qua cua -[1+2018x x bang

A. 2. B. 3. C. 4. D.5.
Cau1l. (Toan Hoc Va Tudi Tré 2018) Cho f(x) 1a ham lién tuc trén doan [0;a]| thoa mén
. -x)=1 1 . ‘
f(x) f(a x) va J. dx :b_a’ trong d6 b, ¢ 1a hai s6 nguyén duong va b la phén so
f(x)>0,Vxe[0a] {1+ f(x) ¢ c
t6i gian. Khi d6 b+c¢ c6 gia tri thuoc khoang nao dudi day?
A. (11;22). B. (09). C. (7;21). D. (2017;2020).

2 2020 a

2 .
Cau 12. (Chuyén Son La - 2020) Tich phan _[ al l.dx =5 Tinh tongS =a+b.
e+

A. §=0. B. §=2021. C. §=2020. D. §=4042.

Ciu 13. (Pai Hoc Ha Tinh - 2020) Cho ham s f(x) lién tuc trén doan [—ln 2;In 2] va théa man
In2
Biét [ f(x)dr=aln2+bIn3,(a,beQ). Tinh P=a+b.

—In2

£ () £ (=x) =—

e +1°

A. P=-2. B.Pzé. C. P=-1. D. P=2.

1
Cau 14.  (Dai hoc Hong Dirc ~Thanh Héa 2019) Cho f (x) 1a ham s6 chin va [ f (x)dx = 2. Gia tri clia

0
1
tich phan j%dx la
-1

2

A ———. B. 2. C. 4. D. 0.
2019

Dang 2.2 Tich phan ciia ham chira dAu tri tuyét doi

Tinh tich phan: 7 = j|f(x)| dx?

Buéc 1. Xét ddu f(x) trén doan [a;b]. Gia sir trén doan [a;b] thi phuong trinh f(x)=0 cé nghiém
x, €[a;b] va c6 bang xét dau sau:

X // a X, b

f(x) + 0 -

Budrc 2. Dira vao cong thirc phan doan va déu cia trén [a;x,].[x,:b] tadugc:
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Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

I=j|f(x)|.dx=Tf(x)dx+j[—f(x)]dx=A+B.

Str dung cac phuong phap tinh tich phan da hoc tinh 4,8 = 1.

Cho a 1a sb thuc duong, tinh tich phan 7 = j|x|dx theo a.

2 2 h 2 3a2_1
a+l B /=42 c. =24+ D.1=u.
2 2 2 2

(THPT Lwong Thé Vinh Ha Ngi 2019) Cho s6 thuc m >1 théa man j |2mx—1|dx =1. Khang
1

dinh nao sau day dang?
A. me(46). B. me(2;4). C. me(3;5). D. me(1;3).

(Chuyén Lé Hong Phong Nam Pinh 2019) Khang dinh nao sau day 1a ding?
1 3 _ 1 3 2018 4 2 _ 2018 4 2
A. L|x| dx—le dx‘. B. L ‘x -Xx +1‘dX—L (x X +1)dx.

e (x+1) dx‘ _[ “(x+1)dx. DJ. V1—-cos® xdx = J sin xdx .

5
(Chuyén Bic Giang 2019) Cho tich phan J x—f de=a+bIn2+cIn3 voi a, b, ¢ 1a cac sd
| x+

nguyén. Tinh P = abc.

A. P=-36 B. P=0 C. P=-18 D. P=18
2
(Chuyén Ha Long 2019) C6 bao nhiéu s6 tu nhién m dé Hx —2m ‘dx I X’ - 2m2)dx‘.
0
A. Vo sb. B. 0. C. Duy nhat. D. 2.
(Chu Vin An 2 dx .
1 2
A, —. B. In2. C. 2In2. D. —.
In2 In2

(KTNL Gia Binh 2019) Cho ham sé f(x) lién tuc trén R va c6 j f(x)dx=2;
0
3

jf(x)dx=6.Tinh I:jf(|2x—1|)dx

0

A. =8 B. /=6 C.I=3 D. /=4

2
3

(Chuyén KHTN 2019) Cho ham s& f(x) lién tuc trén R va co .[ f(x)dx=8 va
0

[ £ (x)dx = 4. Tinh j S (|4x—1])dx.
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A2 B L C.3. D. 6.
4 4

1 2
Cau23. Cho ham sb f(x) lién te tén R thoa [/f(2x)dx=2 va [f(6x)dx=14. Tinh
0

[ 7(51d+2)dr.

A. 30. B. 32. C. 34. D. 36.

1 3
Ciu24. (Phong 1 - 2018) Cho ham sé f(x) lién tuc trén (0;3) va [ f(x)dv=2;[ f(x)dx=8. Gid trj

0 0
1
cita tich phan [ £ (|2x—1)dx =7
-1
A. 6 B.3 C. 4 D. 5

3 5 1
Cau 25. Choham sd f(x) lién tuc trén R vaco [ f(x)dx=8 va [ f(x)dx=4.Tinh j f(|4x—1)dx
0 0 -1

A.g. B.E. C. 3. D. 6.
4 4
Cau26. Cho ham sé y=f(x) xac dinh trén R va thoa man f’(x)+2f’(—x)=6sz|1 v6i moi sd
x4+ x7+
thuc x . Gia sur f(Z):m, f(—3):n. Tinh gi4 tri cta biéu thuc T:f(—Z)—f(3).
A.T=m+n. B.T=n-m. C.T=m-n. D.T=-m-n.

Dang 2.3 Tich phan nhiéu ham|
) ) 2x khi x <0 . .
Cau 27. Cho sO thuc a va ham so = . Tinh tich phan dx bang:
e f(x) a(x—xz) khi x>0 P Jllf(x) * 8

2a

AL B. 24 41. c. 44, p. 22 _1.
6 3

a
6 3
e’ +m khix>0

Cau28. (Chuyén Nguyén Trii Hai Dwong 2019) Cho ham s6 f(x)= lién tyc trén
2xV/3+x* khix<0

R va

1

Jf(x)dxzae+bﬁ+c, (a,b,c€Q). Tong a+b+3c bing
|

A. 15. B. -10. C. -19. D. -17.

1
Ciu29. (THPT Yén Phong 1 Bic Ninh 2019) Tinh tich phan f max {e“‘,e”x }dx
0

A e—1. B. %(e—%/é). C.e-e. D. %(e—éj
. X*+3 khix>1 2 f
Cau30. Chohamso y= f(x)= — .Tinh I =2 sin x)cos xdx + 3 3—2x)dx
Y f< ) 5—x khix<l ‘[f< ) ‘[f< >d
A.I:%. B. [ =31. C.[=32. D.I:%.
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TiCH PHAN

TAI LIEU DANH CHO POI TUQNG HOC SINH TRUNG BINH MUC 5-6 PIEM

Dang. Sir dung tinh chit, bang nguyén ham co ban dé tinh tich pha

1.Dinh nghia: Cho ham sé y = f(x) lién tyc trén K ; a,b 1a hai phan tir bat ki thuoc K, F(x)

1a mot nguyén ham ctia £ (x) trén K . Hiéusd F(b)—F(a) goi la tich phan cta cta f(x) tira

b
dén b va duoc ki hiéu: jf(x)dx = F(x)

a

'~ F(b)-F(a).

2. Cac tinh chit ciia tich phan:

a

+ If(x)dsz

a

+ If(x)dxz—jf(x)dx

a

+ ik.f(x)dxzk.jf(x)dx

+ I[f(x)ig(x)]dxz;ff(x)dxi:[g(x)dx

+ If(x)dxzjf(x)dx+jf(x)dx

+ Néu f(x)=g(x) Vxe[a;b] thi j-f(x)dxzjlg(x)dx

Bang nguyén ham ciia mdt s6 ham thwong gip

a+l

« 5. X S 1 (aoc+b)a+1
dx = C __\='7)
J.x =t '[(ax+b) dx-a. o +C
jldx=1n|x|+C j ! dx=1.1n|ax+b|+C
X ax+b a
1 1 1 1 1
oy = dx=——. C
sz dx x+C '|.(ax+b)2 * a ax+b+
J.sinx.dxz—cosx+C sin ax+b :—l.cos(ax+b)+C
a
J.cosx.dxzsinx+C cos(ax+b). =l.sin(ax+b)+C
a

SlI‘l2 X

= —l.cot(ax+b)+C

"- COS2 X

Jsin
J
[—L—dx=—cotx+C | [-—r
vy
Je

J.ex.dx =e"+C

Iax.dx:

sin’ ax+b a
1
dx=tanx+C x =—.tan(ax+b)+C
cos’ ax+b a
ax+b dx_— ax+b+C
¢ ic I de - :Lln 4
Ina X —a 2a |x+a

w Nhin xét. Khi thay x bang (ax +b) thi lay nguyén ham nhan két qua thém l

a

2 3 3
Ciul. (D&Minh Hoa 2020 Lin 1) Néu j f(x)dv=-2 va j f(x)dv=1 thi j f(x)dx bing
1 2 1

A. 3.

B. - 1. C. 1. D. 3.
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Loi giai
Chon B

3

Ta c6 jf(x)dx=jf(x)dx+jf(x)dx=—z+1=—1.

2
1 1
Cau2. (P& Tham Khio 2020 Lin 2) Néu [ f(x)dv=4 thi [2/(x)dx bing
0 0

A. 16. B. 4. C.2. D. 8.
Loi gidi
Chon D
1 1
Taco: [2f (x)dv=2[ f(x)dr=2.4=8.
0

0

3 3
CAu3.  (Ma 101 -2020 Lan 1) Biét [ f(x)dx=3. Gidtricia [2/(x)dx bing
1

1

A. 5. B. 9. C.6. D.

N | W

Loi gidi
Chon C
3 3
Taco: [2f (x)dv =2 f(x)dr=2.3=6.
1

1

Caud.  (Mi 101 -2020 Lan 1) Biét F(x)=x la mot nguyén ham ctia ham s6 /'(x) trén R . Gia trj clia

j[2+ f(x)]dx bang

A.5. B.3. c 2 D. L.
3 3
Loi giai
Chon A
2
2
Taco: [[2 dr=(2x+x*)| =8-3=5
acod _1[[ +f(x)] (x+x)1
M 14 5 5 N
CAuS. (M 102 -2020 Lin 1) Biét [ f(x)dx=4. Gid tri clia [3f(x)dx bang
1 1
4
A 7. B. . C. 64. D. 12.

Loi gidi
Chon D
5 5
Taco [3f(x)dx=3[f(x)dx=34=12.
1

1
Cau6.  (Mi 102 -2020 Lan 1) Biét F(x)=x’ 1a mot nguyén ham cia ham s6 f'(x) trén R. Gi trj cta

2

[(2+f(x))dx bing

1

A B B.7. C. 9. D.ITS.

4
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Cau 10.

Cau 11.

TAI LIEU ON THI THPTQG 2021
Loi giai
Chon

C
2 2 2 2 2 2
’ 3
Ta co j(2+f(x))dx=j2dx+jf(x)dx=2x1+F(x)1 =2x| +x7| =9
1 1 1

2 3
(M 103 - 2020 Lan 1) Biét [ f (x)dx=2. Gid tri ciia [3(x)dx bing
1 1

A. 5. B. 6. C.%. D. 8.

Loi giai
Chon B

2

Tacod: J.3f(x)dx=3jf(x)dx=3.2=6.

1

(M4 103 - 2020 Lan 1) Biét F(x)=x" 1a mot nguyén ham cua ham s6 f(x) trén R . Gi4 tri cta

3
[+ 7 (x))dx bing
1
A. 20. B.22. C.26. D. 28.
Loi giai
Chon D
3
Ta ¢6 j[1+f(x)]dx=[x+F(x)] j =[x+x")] j =30-2=28.
1

3 3
(Ma 104 - 2020 Lan 1) Biét [ £ (x)dx=6. Gié tri ctia [2f (x)dx bing.
2

2

A. 36. B.3. C. 12, D. 8.
Loi gidi
Chon C
3 3
Taco: [2f (x)dx=2[ f(x)dr=12..
2 2

(M3 104 - 2020 Lin 1) Biét F(x)=x" la mot nguyén ham cta ham s6 f(x) trén R. Gié tri

clia “1+f(x)]dx bang

A. 10. B. 8. c. 2. p. 22
3 3
Loi gii
Chon A

3

Taco _[[1+f(x)]dx=(x+F(x))‘f :(x+x2)

1

f:12—2=10.

(M4 101 - 2020 Lan 2) Biét jf(x)dx =4 va jg(x)dx =1. Khi dé: j[f(x)—g(x)]dx bang;
2 2 2
A. -3. B. 3. C.4. D. 5.
Loi giai
Chon B
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3

Ta c6 :[[f(x)—g(x)]dx=Ef(x)dx—fg(x)dx:4—l=3

2

Cau12. (M 101 - 2020 Lin 2) Biét j [f(x)+2x}dx=2. Khi d6 j f(x)dx bang :
0 0
Al B. 4. C.2. D. 0.
Loi giai
Chon A
Taco
1

~([[f(x)+2x}dx=2 = if(x)dx+.(i; 2xdx=2 < _(i;f(X)dx —0_y?
= jf(x)dx =1

0

10 @jf(x)dX:Z—l
0

3

jf(x)dxz.% ‘ jg(x)dle j.[f(x)+g(x)]dx

Cau 13. (M4 102 - 2020 Lan 2) Biét 2 va 2 . Khi d6 2 bang
A. 4. B. 2. C.-2. D. 3.
Loi giai
Chon A

3

Ta co: J[f(x)+g(x)]dx:if(x)dx+i.g(x)dx:4.

2

1 1
Cau 14. (Ma 102 - 2020 Lan 2) Biét [[ f(x)+2x Jdx=3.Khi 6 [ f(x)dx bing
0 0

Al B.5. C.3. D. 2.
Loi giai
Chon D

1 1 1 1 2 1
Ta co _([[f(x)+2x]dx=3<:>'([f(x)dx+2'([xdx=3<:>_([f(x)dx+2.x?023.

1
Suy ra J.f(x)dx=3—x2 (1)=3—(1—O)=2.
0

2 2 2
CAu 15. (M 103 - 2020 Lan 2) Biét [ £ (x)dx=3 va [g(x)dr=2.Khidé [[ f(x)-g(x)]dr bing?
1 1 1

A. 6. B.1. C.5. D. 1.
Loi gii
Chon B

2 2 2

Ta c6: Hf(x)—g(x)]dx :jf(x)dx—jg(x)dx:S—Z =1.

1 1 1
s .l 1 .

Cau 16. (Ma 103 -2020 Lan 2) Biét jo [f(x)+2x]dx =4 . Khi d6 J‘Of(x)dx bang

A. 3. B. 2. C.6. D. 4.

Loi giai

Chon A
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

TAI LIEU ON THI THPTQG 2021
_[Ol[f(x)+2ﬂdx=4c> J:f(x)dx+J:2xdx=4c> jolf(x)dx=4_1:3

2 2 2
(M 104 - 2020 Lan 2) Biét [ f(x)dx=2 va [g(x)dx=3.Khid6 [[f(x)+g(x)ldx bing
1 1 1
Al B.5. C. 1. D. 6.
Loi giai
Chon D
2 2 2
Taco: [[f(x)+g(0)ldx = [ f(x)dx+ [ g(x)dx=2+3=5.
1 1 1
1
(M 104 - 2020 Lan 2) Biét [[ f(x)+2x Jx=5. Khi do j f(x)dx bing
0
A 7. B. 3. C.s. D. 4.
Loi gidi
Chon D
1 1 1
I[f(x)+2x]dx:5 & [ f(x)dx+[2xdr =5
0 0
1 1 1
jf dx+x\ = @jf(x)dx+1=5@jf(x)dx=4.
0 0 0
2 2 2
(M3 103 - 2019) Biét jf(x)dx=2 va jg(x)dx=6,khi d6 j[f(x)—g(x)]dxbéng
1 1 1
A. 8. B. 4. C.4. D. -8.
Loi gidi
Chon B
2 2 2
Ta co: I[f(x)—g(x)]dxzIf(x)dx—jg(x)dx=2—6=—4.
1 1 1
1
(M 102 - 2019) Biét tich phan [ f(x)dx=3 va j g(x)dx=—4. Khi do j [/ (x)+g(x)]dx
0
bang
A. 7. B. 7. C. 1. D. 1.
Loi giai
Chon C

Ta co j;[f(x)Jrg(x)]dx::[f( dx+jg Jdx=3+(-4)=-1.

(Ma 104 - 2019) Biét | f(x)dv=2va | g(x)dx =4, khido [ [f(x)+g(x)]dr bing

A. 6. B. 6. C. 2. D. 2.
Loi giai
Chon C

[[f@+g@]de=[ fde+ [ g@x)de=2+(-4)=-2.

(M3 101 2019) Biét jf(x)dx =-2va jg(x)dx =3, khi d6 j[f(x) —g(x) Jdx béng
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A. —1. B. 1. C. 5. D. 5.

Loi giai
Chon C

1

[[/(x)-g(x) = If I (x)dc=-2-3=-5

0
1 1 1
Cau 23. (P& Tham Khio 2019) Cho [ f(x)dx=2 va [g(x)dx=5,khi [[ f(x)—-2g(x)]dx bing
0 0 0
A. -8 B. 1 C. 3 D. 12
Loi giai
Chon A

Cé j[f(x)—zg(x)]dx=jf(x)dx—zjg(x)dx =2-25=-8.

Ciu 24. (THPT Ba Pinh 2019) Khing dinh nao trong cac khing dinh sau ding v6i moi ham /', g lién
tuc trén K va a, b 1a céc sb bat ky thuoc K ?

, : : N
A [[f()+2g(0kx=[ f(x}dx+2[g(x)dx. B j dr=-< .
y y y . 8(X)
f g(x)dx
C. f[f(x)g(x)]dx - ff(x)dx fg(x)dx. D. | fz(x)dx{ | f(x)dx}
Loi giai

Theo tinh chit tich phan ta ¢6
[0+ gl = [ £ (e + [ g(o)dx; [ (x)dx = k[ £ (x)dx, v6i ke R

4

2 4
Cu25. (THPT Cim Giang22019) Cho [ f(x)dx=1, [ f(r)dt=—4.Tinh [ f(y)dy
2 -2 2

A. 1=5. B. /1 =-3. C.1=3. D. I=-5.
Loi giai
Ta co: jf(r)dz:jf(x)dx, jf(y)dy=jf(x)dx

Khi do: jf jf(x)dx=jf(x)dx.
j x)dx = jf j x)dx=-4-1=-5.
Vay ff(y)dy=—

Ciu26. (THPT Ci Huy Cin -2019) Cho | f(x)dx=3 va | g(x)dx=7.khi 6 [ [/ (x)+3g(x)Jx

bang
A. 16. B. -18. C. 24. D. 10.
Loi giai
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Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

TAI LIEU ON THI THPTQG 2021
Ta co

Lz[f(x)”g(ﬂ]dx = fozf(x)dx+3j02g(x)dx —313.7=24.
(THPT - YEN Dinh Thanh H6a2019) Cho [ f(x)dx=—1; [ f(x)dx=S5. Tinh i £(x)dx

Al B. 4. C. 6. D. 5.
Loi giai

Tacod jf(x)dx=jf(x)dx+if(x)dx:>if(x)dx=i[f(x)dx —jf(x)dx=5+ 1=6

Vay [f()dx=6

2 3 3
(THPT Quynh Luu 3 Ngh¢ An 2019) Cho [ f(x)dr=-3 va [ f(x)dx=4.Khido [/ (x)dx
1 2 1
bing
A 12, B.7. C 1. D. -12.
Loi giai
3 2 3

[/ (x)ae = [ £ (x)dx+ [ £(x)dr=-3+4=1.

1 1 2
2
Cho ham s f(x) lién tyc, c6 dao ham trén [—1;2],f(—1)=8;f(2)=—1. Tich phan J.f'(x)dx
-1
bang
Al 1. B. 7. C. 9. D. 9.
Loi giai
2
Taco [f'(x)x=F(x), =f(2)-f(-1)=-1-8=-9.
-1
(S¢ Thanh Héa - 2019) Cho ham sb f(x) lién tuc trén R va c¢b

j f(x)dx=9; j F(x)dv=4.Tinh I = j F(x)dx.

A. I=5. B.1=36. c.1=%. D. /=13.
Loi giai

Ta ¢6: I=jf(x)dx:jf(x)w+jf(x)ﬁ=9+4:13.

Cho _“f(x)dx=3jf(x)dx =3. Tich phan j.f(x)dx bang

A. 6 B. 4 C.2 D. 0
Loi giai

Co jf(x)dx:3;jf(x)dx:l;j.f(x)dx:_jlf(x)dx+j.f(x)dx:3+l:4
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Cau 32.

Cau 33.

Cau 34.

Cau 35.

4
(Chuyén Nguyén Trai Hai Dwong 2019) Cho ham s6 f'(x) lién tuc trén R va j f(x)dx=10,
0

4 3
[/ (x)dx=4. Tich phan [ f (x)dx bang
3 0

A. 4. B.7. C.3.
Loi giai

=
(@)Y

3 4 4
Theo tinh chét cua tich phan, ta c6: [ £ (x)dx+ [ f (x)dx = [ £ (x)dx.
0 3 0
4 4

Suy ra: if(x)dx = [ f(x)dx—[f(x)dr =10-4=6.

0 3

Vay j.f(x)dx=6.

(THPT Hoang Hoa Thiam Hung Yén 2019) Néu F'(x)= va F(1)=1 thi gia tri cia

2x—1

F(4) bang
A. In7. B. 1+%ln7. C. In3. D. 1+In7.

Loi giai
4 | 1 Y
Taco: | F'(x)dx=|——dx==In|2x-1| ==In7.
! (xpx !2x—1 izt =5
4

Lai c6: [ F'(x)dv=F(x)| =F(4)-F(1).

1

Suy ra F(4)—F(1)=%ln7. Do d6 F(4)=F(l)+%ln7=1+%ln7.
(THPT Poan Thwong - Hai Dwong -2019) Cho ham s f (x) lién tyc trén R thod man

if(x)dx=9, ljgf(x)dx:3, if(x)dx:S.

Tinh I:Tf(x)dx.

A T=17. B./=1. C.I1=11. D./—7.
Loi gidi
Ta co: I=Tf(x)dx=if(x)dx+lff(x)dx. =if(x)dx+lff(x)dx—jf(x)dx=9+3—5=7.

1 8 1 4

(THPT Quang Trung Pdng Pa Ha N§i 2019) Cho ham s6 f'(x) lién tuc trén [0;10] thoa man
10 6 2 10

[F(x)ax=7, [ f(x)dx=3.Tinh P={f(x)dx+] f(x)dx.

0 2 0 6

A. P=10. B. P=4. C. P=7. D. P=-6.

Loi giai

Taco 1Z')gf(x)dxz:[f(x)abc+;‘if(x)abc+1~!(.)f(x)abc
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10 6

Suy ra J.f dx+jf de= [ f(x)dx—[f(x)dx=T-3=4.

0 2

Ciu 36. (Chuyén L& Quy Pon Di¢n Bién 2019) Cho /', g 1a hai ham lién tuc trén doan [1;3] thoa:

j‘[f(x)+3g(x)}dx=10, j[[2f(x)—g(x)}dx=6. Tinh j‘[f(x)+g(x)}dx.

A7 B. 6. C.s. D. 9.
Loi giai

j[ x)+3g (x) Jdx = 10©jfx)dx+3jg x)dx=10 (1).

1

[[Zf(x)—g(x)]d)c=6 = 2_1[f(x)dx—_l[g(x)d)(=6 (2).

bat Xzif(x)dx, Yzjg(x)dx

X +3Y=10 {X=4

Tu (1) va (2 5 h¢ ph inh: .
u()va( )taco ¢ phuong trinh {2X—Y=6 & Y2

3 3
Do d6 ta du’qc:_[f(x)dx=4 véJ.g(x)dx=2.
1 1

Vay j‘[f(x)+g(x)}dx=4+2=6.

10

Cau 37. (Chuyén Vinh Phic 2019) Cho ham s f(x) lién tuc trén doan [0;10] va Jf(x)dx=7;

j x)dx=3. Tinh P= jf dx+IJ?f(x)dx
A.

P=4 B. P=10 C.P=7 D. P=—4
Loi giai

Ta co: Tf(x)dx=j.f(x)dx+j‘f(x)dx+ljgf(x)dx
=7=P+3=P=4.

3
Cau38. Cho f,g la hai ham s6 lién tuc trén [1;3] thoa man dicu kién [[ £ (x)+3g(x) Jdx=10 déng thoi
1

_j[[Zf(x)—g(x)]dx=6. Tinh '?[f(x)+g(x)]dx .
A.9. B. 6. C.7. D. 3.
Loi giai

Ta c6: j[f(x)+3g(x)]dx=10 =S jf(x)derS.i;g(x)dx:lO.

1

j[zf (x)-g(x)Jdx=6 < 2j f(x)dx—j g(x)dx=6.

bat u = Jj.f(x)dx; v =jg(x)dx.
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3

+3v=10 =4 j

Ta duoc hé phuong trinh: wray & ! =4
2u—v==6 Y j.

1

3
Vay J.[f(x)+ g(x)]dx=6.
1
Ciu39. (THPT DPong Son Thanh Héa 2019) Cho f, g 1a hai ham lién tuc trén [l;3]

théa:j[f(x)+3g(x)]dx=10 va j[2f(x)—g(x)]dx=6. Tinh [ =;[[f(x)+g(x)]dx.
A. 8. B.7. C.9. D. 6.
Loi giai

bat azjf(x)dx va bzig(x)dx.
Khi do, j.[f(x)+3g(x)}dx=a+3b, j.[2f(x)—g(x)}dx=2a—b.

2 a+3b=10 a=4
Theo gia thiét, ta co

f— .
2a-b=6 b=2
Vay [ =a+b=6.

) 3
Cau40. (M 104 2017) Cho [ f(x)dx=5.Tinh I = [[ f(x)+2sinx]dr=5.
0 0

A I=7 B.1=5+% C.1=3 D./=5+7x
Loi giai

Chon A

Tacod

1=T[f(x)+2sinx]dx=ff(x)dx+2fsinxdx =Tf(x)dx —2cosx|§ =5-2(0-1)=7.

CAudl. (M 1102017) Cho [ f(x)dr=2 va [g(x)dx=—1.Tinh = [[x+2f(x)-3g(x)]dx.

A=Y B.1=2 c.r-2 p./ -1
2 2 2 2
Loi giai
Chon A
; 3 ; 3 17
Taco: 1= [[x+2f(x)-3g(x)]dx == +2[ f(x)dr =3[ g (x)dx =2 +22-3(-1) =,
-1 -1 -1
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Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

TAI LIEU ON THI THPTQG 2021

5 -2
(THPT Ham Réng Thanh Héa 2019) Cho hai tich phan [ f(x)dx=8 va [ g(x)dr=3. Tinh
-2 5

I:i[f(x)—4g(x)—1]dx

A.13. B. 27. C. -11. D. 3.
Loi giai
Iszﬂﬁ}AgU}J}h:if@ﬁﬁ—i4gﬁku—lh:if(ﬂ¢w4ig0$u—iw

-2
-2 5
_ jf(x)dx+4jg(x)dx—jdx:8+4.3—x52 =8+4.3-7=13.
5 -2 -
2

2 2
(Sé& Binh Phuéc 2019) Cho j Fx)de=2 va j g(x)dx =—1, khi d6 j [x+2/(x)+3g(x)]dx
-1 -1

-1

bang

A2 B. . cl p.

-2 2 2 2
Loi giai

Chon A

) 2 _2 2 2 _i B _E
Ta c6 jl[x+2f(x)+3g(x)]dx_jxdx+2j1f(x)dx+3j1g(x)dx_2+4 3=

-1

(S& Phii The 2019) Cho [ f(x)dx =3, [g(x)dr=—1 thi [[ f(x)-5g(x)+x]dr bing:

0

A 12. B. 0. C.8. D. 10
Loi gii
Chon D

2

I[f(x)—Sg(x)+x]dx=if(x)dx—sig(x)dﬂjxdx =3+5+2=10

0

5 5
(Chuyén Lé Hong Phong Nam Dinh 2019) Cho | f(x)dx=-2. Tich phan [[ 4 (x)-3x" |dx
0 0
bang
A. -140. B. —130. C. -120. D. -133.
Loi giai

© Sy 1

5 5
[4f (x)-3x" Jdx =4[ f (x)dv- [3x°dv =8| =-8-125=-133.
0 0
2 2
(Chuyén Lé Hong Phong Nam Pinh -2019) Cho j [4f(x)-2x]dx=1.Khido j f(x)dx bang:
1 1
Al B. -3. C.3. D. -1.

Loi giai
Chon A
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Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

j-[4f(x)_2x]dx:1<:>4jf(x)dx—2jxdx=1©4j.f(x)dx—2.%2 =1

<:>4jf(x)dx=4<:>jf(x)dx=l

1 1
Cho jf(x)dx=1 tich phan j(zf(x)—3x2)dx bing
0 0
Al B. 0. C.3. D. 1.
Loi giai
Chon. A.

1

j(zf(x)—3x2)dx=2jf(x)dx—3jx2dx=2—1=1.

0

0
(THPT Yén Phong 1 Béc Ninh 2019) Tinh tich phan /= [ (2x+1)dx.
-1

1
A. I1=0. B./=1. C.1=2. D. [ ===
Loi giai
0
0
— —_ 2 = — =
I—_[(Zerl)dX—(x +)C)71 =0-0=0.
1 N
Tich phan [(3x+1)(x+3)dx bing
0
A. 12. B.9. C.5. D. 6.
Loi giai
1 1
Tacor [(3x+1)(x+3)dv= [ (35 +10x+3)dx = (x' + 55 +3x)] =9.
0 0
1
Vay: [(3x+1)(x+3)dr=9.
0
, 3 ‘
(KTNL GV Thpt Ly Thai T6 -2019) Gia tri cua jsin xdx bang
0
A. 0. B. . C.-1. p. Z.
2
Loi giai
Chon B
2 z
+ Tinh duoc J.sinxdxz—cosx 2 =1.
0 0
2
(KTNL GV Bic Giang 2019) Tinh tich phan = j(zx +1)dx
0
A I=5. B./=6. C.I1=2. D.[=4.

Loi giai
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Chon B

Ta cé ]=j(2x+1)dx=(x2+x)‘z=4+2=6.
0

b
Ciu 52. Vi a,b 1a cac tham so thuc. Gid tri tich phan j(3x2 —2ax—1)dx bang
0
A. b’ —b’a—b. B. b’ +b’a+h. C. b’ —ba’—b. D. 3b* —2ab—1.
Loi giai
Chon A
b
b
Ta co J- 3x —2ax— 1 dx =(x3 —ax’ —x)‘o =b’—ab’ -b
0
¢ 2
Cau 53. (THPT An Lao Hai Phong 2019) Gia sit / = [ sin3xdx=a +b>= (a,b € Q). Khi d6 gid 1 cia
0
a—>bla
AL B. - -2 D. .
6 6 10 5
Loi giai
Chon B

3
Ta co J.sm3xdx——lcos3x4—l+l£ Suyra a= b—l:a b=0.
0 3 32 3

Ciu54. (Chuyén Nguyén Tat Thanh Yén Bai 2019) Cho ham s6 f (x) lién tyc trén R va
2 2
[(f(x)+3x*)dx=10. Tinh | f (x)dx
0 0
A. 2 B. -2. C. 18. D. -18.
Loi gigi
Ta co:

2

2
- & [ f(x)x=10-8=2.

0

@jf(x)dx+.2[3x2dx=10 @jf(x)dleO—JZ.3x2dx

Cau 55. (Chuyén Nguyén Trii Hai Dwong 2019) Cho j (3x” —2x+1)dx = 6. Gid trj ctia tham s6 m thudc
0
khoang nao sau day?
A. (-1;2). B. (—;0). C. (0;4). D. (-3;1).
Loi giai

Ta co: I(3x2—2x+1)dx=6<:>(x3—x2+x): =6om-m +m-6=0=>m=2.

Vay me(0;4).
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2
Cau56. (Ma 104 2018)_[ d bang
1 2x+3
A. lln35 B. lnZ C. llnZ D. 21nZ
2 5 2 5 5
Loi giai
Chon C
2 2
Taco _[ dx :lln|2x+3| :l(ln7—ln5):llnz.
1 2x+3 2 2 2 5
T odx :
Cau 57. (M3 103 2018) j bing
1 3x—-2
1 2
A. 2In2 B. §1n2 C. §1n2 D. In2
Loi giai
Chon C
2 2
Taco | i =lln|3x—2| =1(1n4—1n1)=31n2.
1 3x-2 3 .3 3
s R
Cau 58. (D€ Tham Khao 2018) Tich phan j 3 bang
0 X+
A. 2 B. 16 C. logé D. 1n§
15 225 3 3
Loi giai
Chon D
2
j dx =ln|x+3| (2)=1né
0 X+3 3

1
Ciau 59. (Mi 105 2017) Cho j (L— ! jdx =aln2+bIn3 véi a,b 1a cac s6 nguyén. Ménh dé nao

o\x+1 x+2
dudi day dang?
A.a+2b=0 B.a+b=2 C.a-2b=0 D.a+b=-2
Loi giai
Chon A

1
J.(L— 1 jdx=[ln|x+1|—ln|x+2|]é=21n2—1n3;d0d() a=2b=-1
o\x+1 x+2

Cau 60. (THPT An Lao Hai Phong 2019) Tinh tich phan / = I(l —szdx
X X

A T=1 B.I=141 C.7=1 D./=¢
e e

Loi giai
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Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

TAI LIEU ON THI THPTQG 2021

3
(THPT Hing Vuong Binh Phudc 2019) Tinh tich phan 7 = | dxz .
0 X+
21 4581
=——. E.Izlné. C.I=log§. Izi.
100 2 2 5000
Loi giai
3
1= dx “In(x+2)] =In5-In2=1In>.
x+2 0 2
2 N
(THPT Poan Thueng - Hai Dwong - 2019) j T bine
x_
1
2 1
A.2In2. B. §1n2. C.In2. D. gan.
Loi giai
2 2
Ta co: | & npr-g =2m2.
'3x-2 3 L3
tx—1
Tinh tich phan 7 = [=—dx.
1 X
A I=1-In2. B. 1:%. C.I=1+In2. D. /=2In2.
Loi giai

Ta c6 I:_T[XT_ldx =j(1—ijdx =(x—ln|x|)‘12 =(2-In2)-(1-Inl) =1-In2.

1

3
.4 +2 ) ,
Biét jx—dx=a+blnc, voi a,b,c e Z,c<9. Tinhtong S=a+b+c.
X
1

A S=17. B. S=5. C. S=38. D. S=6.
Loi gidi

tx+2 ., . 2 P2 3
Ta co I—dx=I(l+—jdx=jdx+_[—dx=2+21n|x||1 =2+2In3.
1 X 1 lx

1 X
Dodé a=2,b=2,c=3=S=7.

Inx

(M3 110 2017) Cho F(x) 1a mdt nguyén ham ctia ham s f (x)=——". Tinh: / = F(e)—F(1)?
X
AT=t B. /=1 C. =1 D.I=e
2 e

Loi giai
Chon A

h In®x| 1
dxz.!-lnx.d(lnx)z = =5

e e

Theo dinh nghia tich phan: 7 = F(e)-F (1)= [ f (x)dr=[—
1 1 x

Inx

1
(M3 102 2018) j ¢*dx bing
0

A. %(64 +e) B. & —¢ C. %(64 —e) D. e -¢
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Cau 67.

Cau 68.

Cau 69.

Cau 70.

Loi giai
Chon C
p 1 1l 1
J.e3x+ldx :_I€3X+ld(3x+1) :—63X+1 2—(64 _e)‘
) 31 30 3
2 S
(M3 101 2018) j ¢*'dx bing
1
| l,s I s 5 52
A. —(e +e ) B. —(e —e ) C. —¢e’ —¢ D. e -¢
3 3 3
Loi giai
Chon B
T j’ 31 4 I 52 1(5 2)
acd|e™ =—¢ =—(e’—e”).
3 3

1
6 2
(M 123 2017) Cho [ f(x)dx =12. Tinh I = [ f (3x)dx.
0 0
A.I=5 B. =36 C.1=4 D. =6
Loi giai
Chon C

. 17 16 1
Tacé: [ = ! f(Bx)dx == ! f(Br)dsx =~ ! fleyt=—12=4.

1

(Chuyén Lé Hong Phong Nam Dinh 2019) Tich phan / = I de c6 gié tri bang

o X +1
A.In2-1. B. -In2. C.In2. D.1-In2.
Loi gisi
Chon C
1 1
Céch 1: Taco: = 1 dxzjd(x”)=1n|x+1|j)=1n2—1n1=1n2.Chondapanc.
o X+1 y Xx+1

3
(THPT Hoang Hoa Tham Hung Yén -2019) Tinh K = J. 2x "
x —
2
1.8 8
A. K=n2. B. K=—In—. C. K=2In2. D. K=In—.
2 3 3
Loi giai
3
3
K=] pa 1 21 d(x*=1) ==In|x* ~1] 18
> x =1 29 x ~1 2 2 3
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TAI LIEU ON THI THPTQG 2021

Chuyén dé 26 TiCH PHAN- PH'ONG PHAP TINH TiCH PHAN

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA MUC 7-8 PIEM

phan co ban co diéu kién

1.Dinh nghia: Cho ham sé y = f(x) lién tyc trén K ; a,b 14 hai phan tir bat ki thuoc K, F(x)

1a mot nguyén ham ctia £ (x) trén K . Hiéusé F (b)—F (a) goi la tich phan ctia cta f(x) tira

a

b
dén b va duoc ki hiéu: jf(x)dx = F(x)

'~ F(b)-F(a).

2. Cac tinh chit ciia tich phan:

E :‘[f(x)dxzo +j[f(x)ig(x)]dxzjf(x)dxijg(x)dx
+_:'.f(x)dx=—j-f(x)dx +j-f(x)dx=j‘f(x)dx+jjf(x)dx
+ Tk.f(x)dxzk.if(x)dx + Néu f(x)Z g(x) Vxe[a;b] thi j-f(x)dxzj.g(x)dx

Bang nguyén ham ciia mdt s6 ham thwong gip

a+l

a+l
“dx=2—+C a oL (ax+b)
J.x =T I(ax+b) dx-a. o +C
Ildx=1n|x|+C I ! dx=1.1n|ax+b|+C
X ax+b a
1 1 1 1 1
gy ——— dx=——. C
Ixz dx x+C J‘(ax+b)2 * a ax+b+
'[sinx.dxz—cosx+C sin ax+b :—l.cos(ax+b)+C
a
'fcosx.dxzsinx+C cos(ax+b). =l.sin(ax+b)+C
a

= —l.cot(ax+b)+C

2

i
J
[——dx=—cotx+C | [-—r
v
e

sin” x sin’ ax+b a
1
J- —.dx=tanx+C x =—.tan(ax+b)+C
cos” x cos’ ax+b a
'[ex.dx:ex+C axth dx—— arth | o
x d 1 _
J.a’“.dx= 4 +C J- > al > =—1n a +C
Ina X —a 2a |x+a

w Nhin xét. Khi thay x bang (ax +b) thi 1ay nguyén ham nhan két qua thém l
a
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Caul. (Kinh Mén - Hai Dwong 2019) Cho F(x) la mdt nguyén ham cua f(x)= 2

x+2

. Biét

F(-1)=0.Tinh F(2) két qua la.

A. In8+1. B. 4In2+1. C.2In3+2. D. 2In4.
Loi giai
Chon D

2 2
Ta co: :[lf(x)dx:F(Z)—F(—l) <:>£é221n|x+2”::2ln4—21n1:21n4
& F(2)-F(-1)=2In4 < F(2)=2In4 (do F(-1)=0).

Cau2. (Ma 103 - 2019) Cho ham s f(x). Biét f(0)=4 va f'(x)=2sin’x+1, VxeR, khi dé

o t—r|y

f(x)dx bang
2 2 2 2
A - +16x 4_ B. T 4' C. T +157r' D. 7°+16rx 16'
16 16 16 16
Loi giai
Chon A

Tacé f(x)=[(2sin’ x+1)dr=[(2-cos2x) dx=2x—%sin2x+C.
Vi £(0)=4=C=4

Hay f(x)=2x—%sin2x+4.

] 3
Suy ra If(x)dxzj(2x—%sin2x+4jdx
0 0

T 2 _
v+ Lcosaxrax|q =g gL Z H107 7
4 4 16

Cau3. (M4 104 - 2019) Cho ham s f(x). Biét f(0)=4 va f'(x)=2sin’x+3, VxeR, khi d6

O i [y

f(x)dx bang
2_ 2 _ 2 _ 2 _
A.7Z' 2‘ B.7Z'+87Z' 8' C.7Z'+87Z' 2‘ D.3”+2ﬂ 3.
8 8 8 8
Loi giai
Chon C

If’(x)dxzj(Zsin2x+3) dx=j(l—c052x+3) dx=.|.(4—c052x) dx=4x—%sin2x+C.
Taco £(0)=4 nén 4.0—%sin0+C=4<:>C=4.

Nén f(x) = 4x—%sin2x+4 .
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Cau 4.

Cau 6.

TAI LIEU ON THI THPTQG 2021
: 3 s B
0 0 2 4 0 &

(Ma 102 - 2019) Cho ham sé f(x).Biét f(0)=4 va f'(x)=2cos’x+3,VxeR, khi d6

T

4
J. f(x)dx bang?
0

7t +87+8 7t +87+2 C 7t +67+8 To+2
— s e -
Loi giai
Chon B
Tacé f(x)= j £ (x)dx = j (2cos’ x +3)dx = J(Z.#qﬁ)dx

:j(cos2x+4)dx=%sin2x+4x+€ do f(0)=4=C=4.

4
F(x)dx = j (% sin 2x + 4x + 4)dx
0

Stk [N

Vay f(x)z%sin2x+4x+4 nén
Y 48142

= (—lcos 2x+2x% +4x) =
4 8

0

1 2
Biét ring ham s6 f(x)=mx+n thoa man If(x)dx =3, jf(x)dx = 8. Khang dinh nao dudi day
0

0

la dung?

A. m+n=4. B.m+n=-4. C.m+n=2. D. m+n=-2.
Loi giai

Ta co: If(x)dxzj(mx+n)dx = %x2+nx+C.

1
Lai co: J.f(x)dx=3 :(%xzﬂm)
0

jf(x)dsz:(%szrnxji

0

1

0:3 <:>%m+n=3(l).

=8 & 2m+2n=_8 (2)

1
L ontn= =2
Tur (1)va (2) ta co hé phuong trinh: < 2 mEn=3 & {m

om+2m=g 172
>m+n=4.
i 1 7 2
Biet rang ham s0 f(x)=ax’ +bx +c théa man J-f(x)dx:—a, J.f(x)dx:—Z va
0 0
A2 B. 2. c.?t D.>.
4 3 3 4
Loi gigi

Ta co: If(x)dxzj(ax2+bx+c)dx = x3+§x2+cx+C.

a
3
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1
Lai co: J.f(x)dxz—% = (%)f +§x2 +cxj

1
0

__7 <:>la+lb+c=—Z (1).
2 3 2 2

2

2
J'f ——2:( x +bx2+cxj =-2 <:>§a+2b+2c:—2(2).
g 37 2 0 3
3

3
If dr=3 (£x3+2x2+cxj B cgai2pe3e 3 (3).
0 2 3 2 0 2 2 2

la+lb+c=—Z
32

a=1
Tir (1), (2) va (3) ta co hé phuong trinh: §a+2b+2c=—2 <1b=3

9a+2b+3c=E c:—?
2 2

= P= a+b+c—1+3+(—?j=—%.

Cau7. (Chuyén Lé Quy Pén Pi¢n Bién 2019) C6 hai gia tri cua s6 thuc a 1a a,, a, (0<a, <a,) thoa

mén [(2x-3)dr=0. Hay tinh T =3" +3“ +log, (ﬁj
al

1

A. T=26. B. T=12. C.T=13. D. T =28.
Loi gidi
Chon C
Ta co: ij 3)dx x —3x)‘ =a’-3a+2.
1

Vi I(Zx—S)dx:O nén a’ -3a+2=0,suy ra [a
1

Laico 0<a,<a, nén a,=1; a,=2.

2
Nhu vy 7 =3 + 3“2+10g2( J 3‘+32+log2(1j:13.
al

Cau8. (Chuyén Nguyén Trii Hai Duwong 2019) Cho j (3x2 —2x+1)dx=6. Gia tri cia tham sb m
0
thugc khoang nao sau day?
A. (-1;2). B. (—;0). C. (0;4). D. (-3;1).
Loi giai
Cho

=

O3 IO

m

(3x2—2x+1)dx=(x3—x2+x)o =m’—m’+m.

Ta co:

T(3x2—2x+1)dx=6 Sm -m+m-6=0cm=2¢c(0;4).

0
Vay m=2e(0;4).
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021
1
(Thi thir Loméndxop - Ha Noi 2019) Cho [ = j (4x—2m*)dx . C6 bao nhiéu gia tri nguyén cua
0
mdé I+6>07
Al B. 5. C.2. D. 3.
Loi giai
Chon D

1
Theo dinh nghia tich phan tacé 1 = I(4x —2m’® )dx = (2x2 - 2mzx)‘l =-2m’+2.
0
0
Khido [+6>0<-2m* +2+6>0<-m’ +4>0<-2<m<2
Ma m 1a s6 nguyén nén m e {—1;0;1} . Vay c6 3 gié tri nguyén ctia m thoa man yéu cau.

(S& GD Kon Tum - 2019) C6 bao nhiéu gi4 tri nguyén duong cta a dé jo“(zx ~3)dx <47

A.5. B. 6. C. 4. D. 3.
Loi gii

Chon C

Taco: [(2x-3)dx=(x"-3x) =a’-3a.

Khidé: ['(2x-3)dr<4 & o’ -3a<4 e -1<as<4
Ma a € N*néna e{1;2;3;4}.
Viy c6 4 gia tri ciia a thoa dé bai.

(THPT Lwong Thé Vinh - HN 2018).C6 bao nhiéu s6 thyc b thudc khoang (7;37) sao cho

b
I4costdx:1?

A. 8. B. 2. C.4. D. 6.
Loi giai
) || b=Skn
Tacé:j4cos2xdx:1c>2sin2xf[=1<:>sin2b=—<:> 12
2 Sz
g b=—+kr
12
Do d6, ¢6 4 s6 thuc » thoa mén yéu cau bai toan.
| . 4
(Can Tho - 2018) Cho ham s6 f(x) xédc dinh trén R\{-2;2} thoa man f'(x)=— e
x —

F(=3)+£(3)=f(-1)+ f(1)=2. Gid tri biéu thic f(-4)+ £ (0)+ f(4) bing
A. 4. B. 1. C.2. D. 3.

Loi giai

4 11
Ta 6. Imdxzj(x_z—x+2jdx=ln|x—2|—ln|x+2|+C'
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n=21C  khix<-2
x+2
F)=1mZEic, khi-2<x<2
Do do: 7 ¥ T X+2 tmesx
n=2.C khix>2
x+2

F(=3)=In5+Cy; f(3)= ln;+C £(0)= CZ;f(—1)=1n3+C2;f(l):ln%+C2;

C+C,=2

f(—3)+f(3)=f(—1)+f(1)=2<:>C1+C3:2C2:2:>{C .

Vay f(-4)+/(0)+ f(4) :ln3+C1+C2+ln%+C3 =C,+C,+C,=3.

4 X
Ciu 13. (Chuyén Luong Thé Vinh - Pong Nai - 2018) Biét j i+hdx =a+e’—e Vvoia,b,c
1\ 4x Jxe
1a céc s6 nguyén. Tinh T =a+b+c
A. T=-3. B. T =3. C.T=—4. D.T=-5.
Loi giai

Taco —

! \/;Jre— 1+L2nén
\/762)( 2\/; eX

4

e T

1

Vay a=1,b=-1,c=—4.Suyra T =—4.

4 1
=l+e —

1

Ciu 14. (Sé& Bac Liéu - 2018) Cho ham sé f(x) xic dinh trén R\{0} théa man f’(x)zx—H

2 9
X

f(—2)=% va f(2)=21n2—%. Gid trj cta biéu thirc f(~1)+ £(4) bing

4\ GIn2-3 g 6243 c 8n2+3 p, 8In2-3
4 4 4 4
Loi gidi
Co f(x)= T e—x-L4c
X
I .
In|x|-—+C,  khix<0
= f(x)= g

ln|x|—l+C2 khi x>0
x

Do f(—2)=%:>1n?_+%+c1 =%:> C,=1-In2

Do f(2)=21n2—% :>1n2—%+C2 =21n2—%:> C,=ln2-1
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1n|x|—l+1—1n2 khi x <0

Nhu Vé.y, f(x): xl
In|x|-—+mh2-1  khix>0
X
Vay f(—1)+f(4)=(2—1n2)+(1n4—%+1n2—1):8lnj+3‘

Cau15. (Chuyén Lwong Vin Chénh - Phé Yén - 2020) Cho ham sé f(x) c¢6 f(0)=4

T

4
va f(x) =2cos’ x+1,Vx € R Khi d6 ff(x)dx bang.

2 2 2 2

A T +167z+16. B. T +4. C. T +147r‘ D. T +167r+4.
16 16 16 16
Loi giai

Chon D
Taco

_ > _ 1+ cos2x _
f(0= [ (2cos x—l—l)dx—f[Z[—z +1dv= [ (cos2x+2)dx
:fcos2xdx+f2dxzsmzx+2x+C.

Laico f(0)=4c C=4= f(x)= szzx x+4.

T s a

Z‘ F(x)dx ]‘[sin;x+2x+4]dx:%]sin2xd(2x)+j2xdx+j4dx

0 0 0

8

-~ 2
_ cos2x 4+(x 4 4x )4:7r +167r+4.
4 0 0 16

Cau16. (S& Ha Tinh - 2020) Cho ham s6 f(x) c6 f(0)=0 va f'(x)=sin*x, VxeR. Tich phan

ot—uly

f(x)dx bing
AL 7r2—6' B. 7r2—3. C 37[2—16‘ D. 37[2—6.
18 32 64 112
Loi giai
Chon C
Ta co:

2
sin* x = 17 cos2x =l(1—2c0s2x+cos22x)=l(1—2cos2x+—1+cos’4xj
2 4 4
=%(cos4x—4cos2x+3).
Suyra f(x .[f )dx = J°°S4x 4COSZX+3)dx=isin4x—lsin2x+§x+C.
32 4 8

Vi f(0)=0nén C=0 hay f(x)z%sin4x—%sin2x+§x.
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z z z

32 20 . 3 1 1 3 .\
Do d6 Jf(x)dx:J. —sin4x——sin2x+=x |dx =| ———cos4x +—c0s 2x +—Xx
J (32 4 8 8 16

128
1 1 372° ( 1 1) 37 -16
128 8 64 128 8 64

0

, t P(x) g : . A
Tinh I = mdx ?v6i P(x) va Q(x) la cac da thirc khong chira can.
x
] Néu béc cua tir P(x) = bac mau Q(x) —*— chia da thuec.
11 Néu bac cua tir P(x) < bac miu Q(x) ma méu s6 phan tich dwgc thanh tich s6 —*—> dong
nhit thirc dé dwa thanh tong cua cac phan sd.
Mot s6 truong hop dong nhét thirc thuong gap:

N _ 1 ( a b ] (1)
(ax+m)(bx+n) an—bm\ ax+m bx+n
\/

mx+n A N B _(A+B)x—(Ab+Ba) A+B=m
(x—a)(x—b)_x—a x—b (x—a)(x—b) Ab+Ba=-n
+ ! = A + e v6i A=b*—4ac<0.
(x—m)(ax2+bx+c) xX—m (ax2+bx+c)
1 A B C D

+ > = + >+ + -
(x—a) (x—b) X—a (x—a) x=b (x—b)
(1 Néubac tir P(x) < bac miu Q(x) ma miu khong phén tich dugc thanh tich s6, ta xét mot s
truong hop thuong gép sau:
PP

T = j ,(ne N*)————x=a.tant.
x+a

i Izzsz,(Aw):j dx . Ta sg dit SR /—Atant.
ax’ +bx+c H b jz ( A H 2a 4a
a -

xX+— -
2a 4a

+I—I PXY9 v v6i A=b? —4ac<0. Ta s€ phan tich:
ax’ +bx+c

2ax+b)d 3 Y 3 I
1, =L M+(q—b—p).J.L va giai A bang cach dat 1 = mau so.

2a7 ax’ +bx+c 2a ax’ +bx+c
ﬂ—/ ﬁ/—/
. 2 dx
Caul. (THPT Quynh Luu 3 Nghé An 2019) Bict I— =aln2+bIn3+cIn5. Khi d6 gia tri
1 (x+l)(2x+l)
a+b+c bang
A. 3. B. 2. C. 1. D. 0
Loi giai

Ta co:
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Cau 2.

Cau 3.

Cau 4.

Cau 5.

TAI LIEU ON THI THPTQG 2021
2

2 2 1 2 1
Ix+1 2x+1) !(2“1 x+1jdx:2!2x+1dx_jx+1dx

1 1

=2. —ln|2x+1| —ln|x+1| In(2x+1) 12—1n(x+1) 12 =In5-In3-(In3-In2)

=In2-2In3+In5.
Do d6: a=1,b=-2,c=1.Vay a+b+c=1+(—2)+1=0.

3x% +5x—1

(THPT An Lio Hai Phong 2019) Biét / = I dx=a ln§+b,(a,b € R) . Khi d6 gia tri
-1

clia a+4b bang

A. 50 B. 60 C. 59 D. 40
Loi giai
Chon C
y 0
Taco I = Idezf(3x+ll+ 21 de=(§x2+11x+2l.ln|x—2|j
) % xX— 2 -1

=21.ln§+%. Suy ra a=21,b=%.\/éy a+4b=59

Biét 1xz—_zabc:_—1+nln2, v6i m,n 1a cac s6 nguyén. Tinh m+n.
0 x+1 m
A. S=1. B. S=4. C.S=-5. D. S=-1.
Loi giai
Chon A

1x*=2 1 dx (x 1) -1
Lﬁd _j(x— 1dx j 0 ~In|x+1f=—~In2

>m=2,n=-1=>m+n=1

1 2
(Chuyén Lé Quy Don Quang Tri 2019) Tich phan [ = I ) dx=a-1Inb trong d6 a, b la

0 x> +1
cac sO nguyén. Tinh gia tri cua biéu thic a+b.
A. 1. B. 0. C. -1. D. 3.
Loi giai
1 -1 2 1 1 1 |
Taco I = (xz . (1— 2x jdx=jdx—j ——d(x*+1) =, ~In(x*+1)| =1-In2
o X +1 o x 41 0 o X~ +1 0

X +x+1

(Chuyén Tran Phu Hai Phong 2019) Biét I dx = a+ln§ voi @, b 1a cac s6 nguyén.
3

Tinh S=a—2b
A. S=2. B.S=-2. C.S=5. D. S=10.
Loi giai

5 2 5
J~x +x+1d)€ J’( j :('x_+ln|x+l|J
x+1 3 x+1 2

3

3 a=28
=8+ln53 =8=a-2b=2.

3
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2
Cau 6. (THPT Gang Thép Thai Nguyén 2019) Cho j (xz +

1

* Vv =2 1n% Vi a.beQ. Tinh
x+1 b b

P=a+b?
A. P=1. B. P=5. C. P=7. D. P=2.
Loi giai
° x - x+1-1 ‘ 1
Ta co j(x2+ ]dxz (x2+ ]dxz (x2+1— jdx
x+1 1 x+1 x+1

1 1

3 2
:(x—+x—ln|x+l|J
3

1

Suyraa=2;b=3.Vay a+b=5.

:&+ln2—ln3:&+ln%:&+lng.
3 3 3

3
Cau7. (Chuyén Son La 2019) Cho |— x+3 dx=aln2+bIn3+cln3, véi a, b, ¢ 14 cic sd nguyén.
1 X" +3x+2
Gié tri ctia a+b+c bang
A. 0. B. 2. C.3. D. 1.
Loi giai
tox+3 x+3 b
e | ae=[ I %
X +3x+2 x+1 x+2 X x+2

l

=(2ln|x+1|—ln|x+2|) | =2In2+In3-In5

Suyraa=2, b=1,c=-1.
Nén a+b+c=2+1-1=2.
t 5x-8 .
Cau 8. (S6é Phu Tho 2019) Cho I—dx=a1n3+bln2+cln5, vOi a, b, ¢ 1a cac soO hiru ti. Gia

3 X2 =3x+2

tri ciia 2°7"*° bang
A. 12 B. 6 C.1
Loi gidi

43x 2)+2(x 1) o3 2
dle x 1)(x—2) dx:'!.(;+x—2jdx

:(3ln|x—1|+21n|x—2|) ;=3In3+2In2-3In2=3In3-In2+0.In’

IS

64

Chon D

Taco: [ = jt >x -8 dx = j

x*=3x+2 x1x2

3

a=3
Suyra {b=-1 = 27" =2°=64.
c=0
X x+l b
Cau 9 J. dx=a+ln5 voi @, b 13 cac sé nguyén. Tinh S =a—2b.
3
A. S=2. B. S=-2. C. §=5. D. §=10.
Loi giai
Chon A
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Cau 10.

Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021
5

3

5 5 2 a=28
Ix +_x+1dx:j(x+_l jdx: Z iinfx+1]| =8+InZ = = S=a-2b=2.
x+1 ) x+1 2 2 b=3

3

1 .
Biét rang I dx = ma (a,beZ,a<lO).Khi doé a+b co gia tri bang
X +x+1 b
A. 14, B. 15. C.13. D. 12.
Loi giai
(1 ‘ 1
Xetlz.[ 5 =.[ ——dx.
o X +x+1 0( lj 3
x+— | +=
2 4

Pat x+l=£tant,vérite 1,£ . Khi do dx—\/g(lthan t)dt.
2 2 2 2 2

Véi x=0,tacod t—%
Véi x=1,tacod t—%
NG : ,,
3—(1+tan t) 5 5 =3
Khi do I—J.z—dtzj.idzit :i . Tur d6 suy ra {a_ =a+b=12.
= =(I+tan’t) =3 3 1= 9 -
6 4 6
X +5x+2 e
(Pé Thi Cong Bang KHTN 2019) Biét I—dx:a+bln3+cln5, (a,b,ceQ). Gia tri
x +4x+3
clia abc bang
A. -8. B. —-10. C. -12. D. 16.
Loi giai

Ta co:

J~x +5x+2 _I{ ) _J'( jdx:(x—ln|x+l|+21n|x+3|)‘2
x* +4x+3 (x+1)(x+3 U xl T3 0

=2-3In3+2In5.
Vay a=2,b=-3,c=2,do d6 abc=-12

(THPT Nguyén Trii - Da Niing - 2018) Gia st réng j 3x+—5;1dx —a ln§+ b. Khi do, gia tri
cua a+2b la
A. 30. B. 60. C. 50. D. 40.

Loi gidi

Ta co:

0 2 _ 0
1:]de:j(3x+n+ 21 de
ox=2 e x=2

0

:21.ln2+%—21.ln3

-1

2
:I:{%+11x+21.ln|x—2q
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) a=21
=/=2llh—+—= 19 > a+2b=40.
3 2 b:?

X AxT+Tx+3

4
Ciu 13. (Chuyén L& Hong Phong Nam Pinh -2019) Biét j 3
X’ —x+

dx=%+cln5 voi @, b cla
1

, 4 A a . A A A+ e ; —
cac s0 nguyén duong va 5 1a phan s0 toi gian. Tinh P=a-b"~c"

A. 5. B. 4. C.s. D. 0.
Loi gidi
4 3 2 4 3 2y —1
Tacs XT3 10, 32 Ny,
X —x+3 1 ¥ —x+3

3}(1 iz_x” =273 —x+3 = 2L 43
1 -x+3 2 L2

{_x +2xj

XXt +7x+3
M [T
x —x+3

dx=%+cln5,suyra a=27,b=2,c=3.

1

Vay P=a-b’-c’ =—4.

1 2
Caut4. Cho [P gl pin2icin3 vei a, b, ¢ la cic s hitu ty. Bidu thite T =ac—b
. 2x +5x+2
bang
-1 1
A. 4. B. 6 C. —. D. —.
2 2
Loi giai
Ta co
j-4x2+15x+11dx_j(4x2+10x+4)+(5x+7) J( 5x+7 j
2x* +5x+2 0 2x% +5x+2 2x7 +5x+2
1 3 3 1 5
j dx=|2x+In|x+2|+=In|2x+1||| =2-In2+=1In3
0 x+2 2x+1 2 0 2
Vay a=2,b=-1, c=§ nén7=6.

-1 .
Ciu 15. (SGD Bén Tre 2019) Biét I—dx —+nln2,véi m, n 1a cac s6 nguyén. Tinh S=m+n.
0

m
A. S=-1. B. §=-5. C. S=1. D. §=4.
Loi giai

Chon C

1 2 1 2 !

-2 1 -1

Ta co: jx—dxz.[(x—l—— = x——x—ln|x+l| =—-In2.

o Xx+1 0 x+1 2 . 2

Suyram=2; n=-1.Vay S=1.
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Cau 16.

Cau 17.

Cau 18.

Cau 19.

TAI LIEU ON THI THPTQG 2021

; 1

(THPT Cam Binh 2019) Cho dx=aln2+bIn3, véi a,b 1a cic sb hitu ty. Khi d6
y

0x2+3x+2
a+b bing
A. 0. B. 2. C. 1. D. 1.
Loi giai
Chon C

1 1 1
Xét I—sz;dx=_‘(#— ! jdx=ln[x+lj =2In2-1In3.
x +3x+2 0()c+1)(x+2) o\x+1 x+2 x+2 )0

Vay a=2, b=—1=a+b=1.

2x* +3x

(Sé Ha Nam - 2019) Cho J.?dx a+bn2+cIn3 véi a, b, c 1a cac sd nguyén. Tong
X +o5x+
a+b+c bing
A. 3. B. 2. C. 1. D. -1.
Loi giai
Chon C
2 1
Taco: | fx +3x ZI( B 23x+4 jdx
0 X +3x+2 0 X +3x+2

1
:j(z—?— +2jdx=(2x—ln|x+1|—21n|x+2|)‘lo:2+ln2—21n3.
0 X X

Suyraa=2;b=1; c=-2.
Vay a+b+c=1.

(Chu Vin An - Ha Ngi - 2019) Cho biét fﬁdx-alnS%—bln?) voi a,be Q. Tinh
X+

T =a’ +b* bang

A. 13. B. 10. C. 25. D. 5.
Loi gidi

Chon A

, x—1 x—1 A B
Ta co: = +

¥ +ax+3  (x+1)(x+3) x+1 x+3

A:x—l _ ,B:x—l _5

x+3x=-1 x+1lx=-3
], x—1 -1 2 2 2

zgdx:f——l- dx = —Injx+1|| +2In[x+3| =—In3+2mn5-2In3

p X +4x+3 x+1 x+3 0 0

=2In5—-3In3=aln5+5bIn3
=a=2,b=-3=T=13.

X2 +5x+2

(Chuyén - KHTN - Ha N#i - 2019) Biét j s
x +4x+

dx=a+bIn3+cln5, (a,b,ce@). Gia tri

cua abc bang
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A. -8. B. -10. C.-12. D. 16.
Loi giai

Chon C

Ta co:

2
J'x +5x+2dx J'[ j J( N N jdx
x +4x+3 X +4x+3 0 x+1 x+3

0

=(x—Infx+1[+2mnfx+3)) =2+2n5-3In3=a+bm3+cln5.

a=2
=b=-3=abc=-12.
c=2
X +x+7x+3

Ciu 20. (Chuyén L& Hong Phong Nam Pinh 2019) Biét j —3dx =%+cln5 V6i a, b, c 1a
X X+

, A A . a . ~ K Ko o , cro e s
cac s0 nguyén duong va 2 12 phan so0 toi gian. Tinh gia tri cia P=a—-b" —¢’.

A. -5. B. -3. C.6. D. 4.
Loi giai
Chon D
4 3 2 4 2 !
7x+3 3(2x-1
Tacd [T = | x+ 3 X i2x43n(x* - x+3) | =L 435,
T X —x+3 1 x —-x+3 2 .2
Vidy P=a-b"-c’ =—4.
Cau 21. (Binh Phwoc - 2019) Cho J‘%zaln2+bln3+cln5 v6i a, b, ¢ 1a cac sb hitu ti. Gia
(x+
tri cia a+b° —¢® bang
A. 3. B. 6. C.5. D. 4.
Loi giai
Chon B

4

3
AU 3 C4m2-m3—mns.
5 g

x+2|,

Ta co

N Sy 0

3
dx =1
(x+1 )(x+2) !(x )x "

Suyraa=4,b=-1,c=-1.Vay a+b>-c’ =6.

t2x+3

Cau 22. (SGD ba Nflng 2019) Cho I—z 3 dx=aln2+bIn3+cIn7 v6i a, b, ceZ. Gia tri cua
3 X +3x
2a+3b+7c bang
A. 9. B. 6. C. 15. D. 3
Loi giai
Chon D
+( +3 4

Tac0j2x+3 :jx (x j[ : jdx:(ln|x(x+3)|)‘ ~1n28-1n18

x“+3x 3 x+3 x x+3 3

ln% In14—-In9=In2-2In3+In7.

=a=1,b=-2,c=1.
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Cau 23.

Cau 24.

Déi bién dang 1. 1:iM.dx:jh(x).dx+if(g(x)).g'(x).dx véi

TAI LIEU ON THI THPTQG 2021
Viy 2a+3b+7¢=3

2

(SGD Pién Bién - 2019) Cho I
1 (x+1

~dx=a+bIn2+c.In3, véi a,b,cla cac sb hiru ty. Gia tri

6a+b+c bang:
A. 2. B. 1. C.2.
Loi giai

I
|

2 2
Taco [——dx=| SR dx:(ln|x+1|+Lj‘2:—l—1n2+1n3.
1 (x+1) X+l (x+1) x+1J))I 6

:az—é,bz—l,c=1,nén 6a+b+c=-1.
5x+12
(SP Pdng Nai - 2019) Bi tj4dx aln2+bIn5+cIn6. Tinh S=3a+2b+c.
xX°+5x+6
A. —11. B. -14. C. 2. D. 3.
Loi giai
Chon A
3 3 3
Taco | Riha dx:j( 2, )dx:(2ln|x+2|+3ln|x+3|)
> X +5x+6 S\X+2 x+3 2

=(2In5+3In6)—(2In4+3In5)=-4In2—-In5+3In6.
=a=-4,b=-1,c=3.
Doddé =S=3a+2b+c=-12-2+3=-11.

@ Tich phan ddi bién:

~[[f(x)].u'(x).dx=F[u(x F[u ]F[u ]

: ‘/Tlm Nhan

Co san

Ciac bude tinh tich phan doi bién so

"I Buéc 1. Bién doi dé chon phép dit ¢ =u(x) = df =u'(x).dx (quan trong)

XxX=a

g &3 & x=b t:u(b) . P P
[J Budc 2. Doi can: = (nhd: doi bieén phai doi cin)

tzu(a)

s u(b ~
7 Buée 3. Dua vé dang [ = j (( )) f(¢).dt don gian hon va dé tinh toan.

Mbt s6 phwong phap doi bién s6 thwong gip

glx) o / g(x)

Iy I
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Dai bién dang 2.
Nghia 1a néu gap tich phan chira cin thirc thi c6 khoang 80% s& dat 7= can trir mot sb truong
hop ngoai I¢ sau:

1/ 1, :J'f(\/a2 —x’ ).xChgn dx ——> @it x =a.sint hodc x =a.cost.

2 o . 72
. . cos x=1-sin" x
(xuat phat tir cong thirc sin® x +cos’ x=1= [ J

sin® x=1—cos” x

2/ I, =If(\/x2 +a2).xCh5n.dx — > dit x=a.tant hoic x =a.cot?.

. g 1
(mau chot xuat phat tir cong thirc tan” x+1= 5 j
cos” x

3 1= [ (V¥ —a a0 — dit x == hofic x=—"—

sint¢ cost
+
4/ szf( /Z;i]dx > dat x=a.cos2t.
s/ L= dx s dit x=—.
(a+bx"){’/a+bx" t

(trong d6 n 1 bdi s6 chung nho nhat ctia {SI;SZ;“';Sk})

dx

I\/(ax+b)(cx+d)

7 I = >d€1tt:x/ax+b+\/cx+d.

Poi bién dang 3. J.f(lnx).l.dx—ﬂ Ry Ly .
X x

Doi bién dang 4. jf(sin x).c08 x.dx—> t =sinx = dt = cos x.dx

Doi bién dang 5. '[f(cos x).sinx.dx——> t = cosx = df = —sin x.dx

e ok d
Doi bien dang 6. jf(tanx). —dx——t=tanx = dt = )g
cos’ x cos’ x
R el dx
Poi bién dang 7. J.f(cotx). ——dx——>t=cotx = dt =——
sin® x sin” x
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Caul.

Cau 3.

TAI LIEU ON THI THPTQG 2021

o If(sinx+cosx).(sinx—cosx)dx £ = sin x 4+ COS x
Poi bién dang 8. —{ .
jf(sinx—cosx).(sinx+cosx)dx [=sInx—cosx
S, If(ax2+b)n Xdx——>t =ax’ +b=> dt = 2axdx
Doi bién dang 9.
J.f(ax+b)" xdx——>t=ax+b=> dt = adx

1
(B Tham Khio -2019) Cho [ xx
o (x+2)
3a+b+c bang
A.2 B. 1 C. -2
Loi giai
Chon D

bat t=x+2=dt=dx

Poican: x=0=7r=2; x=1=¢=3
3

( xdx (1—2)dt 3( jd ( ZJ
——— dt =| Inft|+—

oL 2 (o 2]

Suyraa=—§b=—lc 1

3a+b+c=-1-1+1=-1.

~=a+bIn2+cIn3 véi a,b,c 1a céc s6 hitu ty. Gid tri cla

=ln3+§—(1n2+1) =—%—ln2+ln3

Tinh K =
1 8
=In2. E.K:EIn— C. K=2In2. D.Kzlng.
Loi giai
Bétz=x2—1:>dt=2xdx3xdx=%
Voi x=2=t=3;x=3=1=8
8
Taco K—l g=ll | =ll 8
29 2
1 7 .
(Chuyén Long An - 2018) Cho tich phan / :J ﬁdx, gia sir dit £ =1+x". Tim ménh dé
o(l+x
ding.
2(t=1y > (¢-1)

A.lej( 5) dt. B 1:j( 5) dr.

29 ¢ 't

2(t-1) L(t-1)

c.lzlj( 4)dt. D.Izij( 4)dt.

29t 29t

Loi giai

Tacod: t =14+x> = dr = 2xdx .
DPdican: x=0=1¢=1.
x=1=tr=2.
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2(1=1)’
:1:] —j X dx: j( S)dt.
(1+x 29t
1
Cau4. (KTNL Gia Binh Nam 2019) C6 bao nhiéu so thuc a dé I sdx=1.
a+x’
A. 2 B. 1 C.0 D. 3
Loi giai
Chon B
A A s A A c 1 2 a<-l1
biéu kién tich phan ton tai la a + x ¢O,Vxe[0;1]:> 0
a>

bit t =a+ x> = dt = 2xdx . Khi d6

! b l+a=¢ea a="7_
'f xzdx:ljﬂ:llnHa:l@ = e -1
patx 2 t a 1+ a=—-e%a a= -1
e’ +1
So sanh diéu kién ta duge a = T
e —

Cau5. (Nguyén Hué¢ - Phi Yén - 20200 Cho ham sé f(x)

2018

1
£'(x)=2019.2020.x(x—1)"" ,vx e R . Khi d6 [ f(x)dx bing
0

A. L B. L C. 2 D. ——.
2021 1011 = 2021 1011
Loi giai
Chon C

(ax + b)a+1

Can nho: jf’(x)dxzf(x)+c va f(ax+b)“dx:l )
a (04

2018 2018

Taco f(x)=["(x)dr=[2019.2020.x(x~1)
bat t=x-1=dr=dx va x=¢+1.
Suyra f(x)=2019.2020{(¢+1)£"" dr = 2019.2020[ (£ +"* ) de

dx =2019. 2020] x—1)

t2020 t2019
= 2019.2020[2020 + 2019J +C =2019/ +2020¢° + C.
Tirdo f(x)=2019(x—1)""" +2020(x—1)"" +C.
Ma f(1)=02019(1-1)"" +2020(1-1)"" +C=0 = C =0.
Suyra f(x)=2019(x—1)""+2020(x—1)".

2021
)2020 )

1 1
Vay [ /(x)dr=[| 2019(x -1
0 0
( 2019 j 2
S R | iy
2021 2021
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1
N (x _ 1)2020 }
2020

0



Cau 8.

TAI LIEU ON THI THPTQG 2021
1

(P& Tham Khio 2019) Cho j % =a+bIn2+cln3 véi a,b,c 1a cac s hitu ty. Gia tri cta
vl(x+2

3a+b+c bang

A. -2 B. -1 C.2 D. 1

Loi gidi
Chon B
Pat t=x+2=dt=dx
Doican: x=0=¢=2; x=1=1¢=3

i(xid;)z :!(t zZ)dt iG_z_zjd =(1n|f| j

Suyraa=——;b=-1;c=1

3

=ln3+§—(ln2+1) =—§—ln2+ln3

2

UJ»—‘

3a+b+c=-1-1+1=-1.

(Chuyén Vinh Phiic 2019) Cho [2x(3x—2)"dr= A(3x-2) +B(3x-2)' +C véi 4,B,CeR.
Tinh gia tri cta biéu thuc 124+ 7B.

23 5 241 o2 b7
252 252 9 9
Lo gidi.
it 7 = 3x -2 :»dt=3dx:»dx=%
Khi do.
8 7
[2x(3x-2)" dr = jﬂtdt_zj(zuzzé)dz:% LL2 e
9 918 7 .

231—6(3x—2)8 +%(3x—2)7 +C.

Tur do ta co A:L, B:i. Suy ra 12A+7B:Z
36 63 9

(Chuyén Ha Tinh - 2018) Biét jwd =a-Inb vé6i a,b 1a cac s6 nguyén duong. Tinh
o X +2x+1
P=a"+b".
A. 13. B. 5. C. 4. D. 10.
Loi giai
L n. 2
Ta co [:Iw
o X +2x+1
. dt =dx x=0e1=1
batr=x+1=> suy ra
x=t-1 x=let=2
Khi do

2

=3-In2.

22(0-1) +3(e-1)+3 | 22 —r+2 .}
1:! > dt:!—zdtzjl'

(2142 e s-me-2)
t t t

1

Suyra P=3+2>=13.
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2

Cidu9. (Chuyén Lé Hong Phong Nam Pinh -2019) Cho feh’] dx = m(e" —eq) véim, p, geQ va
1
1a cac phan s6 tbi gian. Gia tri m [0 p 0 g bang

A. 10. B. 6. c. 2. D. S,

=3
Loi giai
Chon C
2 2

Tacod fe“ldx:fehld(fax—l):%-e“_l |2 :%(es—ez>. Suy ra mzé, p=5vag=2.

1
1 1

A 1 22
Vay m+p+q=§+5+2:?.

Ciu 10. Biét ring J.xex 2y = Z(eb —e ) véi a,b,c €7 . Giatri cia a+b+c bang

A. 4. B. 7. C.5. D. 6.
Loi giai
Lo b 1 11
Ta c6: Jxex +2dx=—Jex +2d(x +2) e 2 (e3 —ez)
0 20 2 0 2
Nén a=1,b=3,c=2.
Vay a+b+c=6.
Cau 11. (KTNL GV Ly Thai T6 2019) Biét I—ldlen(ae+b)véi a,b 1a cac s6 nguyén duong.
x“+xlnx
Tinh gia tri cta biéu thuc T = a* —ab +b*.
A. 3. B. 1. C.0. D. 8.
Loi giai
Chon B
e e 1+f
j X+l j _Id(x+lnx) zln(x+lnx)|g:1n(e+1)
X +xlnx x+lnx x+Inx !

1 1

Vay a=1, b=1nén T=a’ —ab+b" =1.
A , 2 2 )c—l 2
Cau 12. (Chuyén Lé Hong Phong Nam Pinh 2019) Bict I(x+1) e *dx=me? —n, trong d6 m,n, p,q
1
1a cac s6 nguyén duong va LT phan s6 t6i gian. Tinh T=m+n+p+gq.
A. T=11. B. T=10. C.T=7. D. T =8.
Loi giai
Chon B

Taco: I = i(x+ 1)2 ex_idx =_2[(x2 +2x+ l)ex_%dx =_2[(x2 + l)ex_idx +i2xex_idx
1 1
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Cau 13.

Cau 14.

Cau 15.
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Xét
F T T e U S 1) ¢ -t
Ilzj(x2+l)e xdsz.x2.e Y dxzj.xz.e xd(x——]zj.xzd(e "j
1 1 X 1 X 1
P2 i o2 1
=x’e * —je xd(xz)zxze x —Ier *dx
1 1 1 1
2 P AP
:>11+'[2xe “dx=x’e * =I=xe *| =4e?-1
1 1 1
m=4
2 5 2t 2 , N 2 S SR n=1
Do I(x+1) e *dx=me? —n, trong d6 m,n, p,q € 7" Vaglaphansot01g1an:> o3
1
q=2

Khido, T=m+n+p+g=4+1+3+2=10.

L , ,  2edt
86 diém cyc tri cita ham s6 f (x) =
0 diém cyc tri cua ham so f(x) 2-[1+t2
A0 B. 1 C.2 D. 3
Loi gidi
Chon D
, 2 _pd(1+r) 4 :
Ta co f(x):i1+t2 == =In(1+7) =In(1+x*)-In(1+4x%).
4x° 8x° 4x° 8x x=0

'(x)= X r(x)=0 - ~0 .
/(%) I+x* 1+4x° /() Tl 14 O x:_—‘/ﬁ_l

Truc xét dau:

T d6 ta théy ham s6 c6 3 diém cuc tri.

(Chuyén Bic Giang 2019) Cho ham sé y=f (x) c6 dao ham trén R dong thoi théa man

£(0)=f(1)=5. Tinh tich phan / =jf’(x)ef(x)dx.

A. I1=10 B.I=-5 C.1=0 D. /=5
Loi giai
Chon C
1 =’V /O =5 e =0

I = j-f'(x)ef(x)dx _ j-ef(x)d(f(x)) — /™

(P& Minh Hoa 2020 Lan 1) Cho ham s6 f(x) c6 f(3)=3 va f"(x)= Vx>0.

X
x+1-+/x+1"
8
Khi d6 [ f(x)dx bing
3
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AT, B 7. c. 2. p. BL
6 2 6
Loi giai
Chon B
Xét [ f/(x)dv= [————dx. Djt t ="x+1 > x+1=1’ > x =1 ~1= dvr=21dr.
x+1-+~x+1
Khi do, [ f"(x)dv=[—7 dx—J.tz 21dt = I&~2tdt=_|.(2t+2)dt
’ x+1-x+1 -t 1)
=2 +2t+C=(x+1)+2Jx+1+C.
Ma f(3)=3<(3+1)+243+1+C=3 < C=-5.
= f(x)=(x+1)+2Vx+1-5=x+2Vx+1-4.
[ 7 ()dem (s 20T -4 A | e 19197
2-!. —!.(X-F x+1 ) ?-i-g (X+ ) —4x 3— —Z ?

21

Cu16. (Mi 102 2018) Cho |

dx
s XVx+4

=aln3+bIn5+cln7, voi a,b,c 1a cac sb hiru ti. Ménh dé nao

sau day dang?

A.a-b=-2c B. a+b=-2c C.a+b=c D.a-b=—-c
Léi giai

Chon B

Dit ¢ =/x +4 = 2tdt = dx.

Véi x=5=t=3;, x=21=>t=5

Tacéj W j dt ln|t 2|~Infe+2)] =%ln2+%ln5—%ln7.
Cau17. (Mai 101 2018) Cho j dr =aln2+bIn5+clnll, voi a,b,c 1a cac sd hitu ti. Ménh dé nao
e XNXx+9
dudi day dung?
A. a+b=3c B.a-b=-3¢c C.a-b=-—c D.a+b=c
Loi giai
Chon. A.

Dit t=vx+9 = =x+9=2rdt =dx.
Ddican x=16=t=5, x=55=1=8.

T odx ¢ 2udt ; 1
DOdOIxe+9_J.t(t2—9)_ I J(x 3 x+3jdx:§ln

16 5 5

21 l—gln2+lln5—llnll.
3 3

3 11 3 4 3

8
5

x-3

x+3

I
|
T
|
|
=3
I
|
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2
Ciu 18. (Pé Tham Khao 2017) Tinh tich phan / = j 2xvx? —1dx bang cach dat u = x*> —1, ménh d& nao
1

dudi day dang?
3 2 3 2
A.sz\/ﬁdu B.I:%j\/t_tdu C.I=2I\/;du D.sz\/ﬁdu
0 1 0 1
Loi giai
Chon A

2
Iszx\/xz—ldx
1
dit u=x*-1=du=2xdx.Pdicin x=1=u=0;x=2=u=3

3
Nén 1=j\/ﬁdu
0

5
x 1
Cau19. (Nguyén Trai - Thai Binh - 2020) Gia st tich phan / = dx=a+bIn3+cIn5. Luc
sty P Jl‘1+\/3x+1
do
A.a+b+c=§. B.a+b+c=i. C.a+b+c=z. D.a+b+c=§.
3 - 3 3 3
Loi giai
Chon B
Dit t=+/3x+1.Tacd t2=3x+1:>dx=§tdt.
Po6i can
x 1 5
t ¥ 4
5 4
1 2
Tacd [ = | ———dx=|—=1tdt
‘!1+\/3x+1 o1+2 3
_2pt
35t+1
4
4
:2.[(1——}# :g(t—ln|l+t|)
39 t+1 3 2
=i+gln3—gln5
3 3 3
Do do6 a—i bzg;c=—g.
3 3 3
Viay a+b+c=§.
Cau20. (Lién trwomg Nghé¢ An - 20200 Cho ham sé f(x) c6 f(2)=0 va
x+7 3 sy oo (x a a L g .
f(x =—,Vxe(—;+ooj. Biét rang f(—jdxz— (a,beZ,b>0,— la phan so toi gian).
( ) V2x-3 2 ;‘: 2 b b
Khi d6 a+b bang
A. 250. B. 251. C. 133. D. 221.
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Loi gidi
Chon B
x+7 ;(2’6‘3)*127 1
Tacof If :J.mdxzjﬁdxzj E\/ZX—3+
11 (2x— 3) [
—55 3 '\/2)6 3+C= g 2 —3 +—’\/2X 3+C.

Maf =0c=— 1/22 3 17\/22 +C= Oc>é+1—+C (IR C——?

Suy ra f(x):% /(2x—3)3+177_\/2x7———

S
2
1 s 17 3 26
=|— -3 —. -3y ——
S PRETRN ( 3xl
1 s 17 7 26 ] [ 5 17
= —4/(7-3 —Al7=-3) ——7 |- 4 ——4
35 (7=3) +54(7-3) =3 Il S\
_ 517[73__7_ 517[43__4

_23%6
15

Suyra a=236,b=15.Vay a+b=251.

In6 X
. e
Cau 21. (Nam Pinh - 2018) Bict tich phan | ———=dx=a+bIn2+cIn3, véi a, b,
'([1+\/ex+3
nguyén. Tinh T =a+b+c.
A. T=-1. B.7=0. C.T=2. D. T=1.
Loi giai

bit r=+ve' +3 = =¢" +3= 2¢dr =e"dx.

2. A x:1n6 t:3
Dobi can = .
x=0 r=2
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Cau 22.

Cau 23.
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In6 3
Suy ra = ( j 2t 2Injr +1 =(6-2In4)—(4-2In3

| g J 1), )-(4-21n3)

a=2
=2-4In2+2In3=<:b=-4.
c=2
Vay T =0.
(Chuyén Vinh - 2018) Tich phan j \/_ bang
AL B. 2. c.l D. 2.
3 2 3 -3
Loi giai
Détz=\/3x+1:>t2=3x+l:2tdt=3dx:>%dt=dx
Déican: x=0=t=1; x=1=1=2
2¢1 2 |
Khi d Hdt =— dz—— =—
0o [ 222
Céch khac: Sﬁdungc()ngthl'lcj. dr =g\/ax+b+C thi'[ 2\/3x+
Nax+b a o V3x+1 3
dx . .
(P& Tham Khao 2018) Biét dx=+a—-b—c voi a,b,c 1a cac sb nguyén
J.(x+1)\/;+x\/x+l s
duong. Tinh P=a+b+c
A. P=18 B. P=46 C. P=24 D. P=12
Loi giai
Chon B
Cach1
j- dx dx—j dx _j- \/;+\/x+l dr
! (x+ Dx +xx o+ 1 D) (Ve Tax) EE TH)Z
Pit t =x+1+x = dr = ( jdx<:>2dt Vasleds
NN Jx(x+1)

\/5‘*'\/—2 _2 \/—+\/—
Khido 7= | —dz—( j —23+42-2=32-12-2

1+«/— t 1+ﬁ
= P=a+b+c=32+12+2=46.
Cach2

I i (T (AN
JEIN e au R W ] oSS I B R ] N Py

el G e 2 =27 222 T2

—_——— o

_.c_..\)
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Cau 24.

Cau 25.

Cau 26.

(Chuyén Tran Phi Hai Phong 2019) Biét I dx=a+bJ2 véi a,b 1a cac sb hitu ty.

x\/1+nx
Tinh S=a+b.
A. S=1. B.S=L. C.s=>. D.s=2
2 4 3
Loi giai
Dat\/1+lnx=t:>1nx=t2—1:>@=2tdt
X
D e x=1-1r=1
01 can
x=e—>t=\/§
ft—)tht 2 R A
Va = =2[(F-1)dt=2|——t| ==-=\2
y'[x\/1+lnx '! '!( ) [3 Jl 3 3

4
Suyra a=—;
y 3

Z)=—E:>S=a+b=Z
3 3

s
(Gang Thép Thai Nguyén 2019) Cho tich phan 7 = .[ V16—x?dx va x =4sin¢. Ménh d& nao

sau day dung‘?

ﬂ'

l+cos2t dr. B. ]—16jsm tdr .

71'

C.I= 8_[1 cos2¢)dz. D. 1_—16jcos tdt |

»\a o'—..u

Loi giai
Pat x =4sint = dx =4 costdr.
Ddican: x=0=7=0; x=2\/E:>t=%.

I=|+16-16sint.4costdt —j4|cost| 4 costdt —j4|cost| 4costdt —l6j|cost| costdrt.

o‘—.-&\k)

T T

4 4
Ma vi te[O;%) thi cos? > 0 nén khi do I=16.[cos2 tdt = j 1+c0s2t
0 0

Biét | ———dx=a+bIn3+cIn5 (a,b,ce Q). Gidtricia a+b+c ban

'[1+\/3x+1 ( 9) £

AL B.2. c.t. D 2.

3 3 3 3
Loi giai

biat  t=+/3x+1 = =3x+1 = 2tdt =3dx :>dx:§tdt

Déican: x=1=t=2; x=5=>1=4
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5 4 4
4
j Edet=3j(1—L)dt=3(t—1n|t+1|) 3 25423,
! 1+3x+1 391+t 1+t 3 2 3 3 3
3a=i,b=g,c=—g :>a+b+c=i.
3773773 3

dx =lln (é+\/§j, V6i a, b, ¢, d 1a cac s6 nguyén duong va b tbi gian. Gia tri
¢ c

1
Ciu27. Cho j
1 a

2

cia a+b+c+d bing

A. 12
Chon B
PO 1
Doi can: x=5:> t=2;x=1= =1
2
t-dt
Khi do: I = ( j
I\/l—i—t !13 ANl+£
*Ditu=+l+£ = ' =1+= ' =u’-1= 3dt=2udu= tzdtz?‘udu
DPdi can: t=1= u=\/§; t=2=> u=3
2udu
R N i PN NERE)
' 2 Hu T |u+1|f 3 (2
Suy ra a =3, b=3, c=2,d=2.Vay a+b+c+d =10.
Cau 28. (Lé Quy Pon - Quang Tri - 2018) Cho biét j \/7 " Vol — la mot phan s6 tdi gian.
I+x n n
Tinh m—"7n
A. 0. B. 1. C.2. D. 91.
Loi giai
2
bit 1 =1+ x7 :t3=1+x2:312dz=2xdx:xdx=3t dt.
Ddi can:
X 1] uﬁ
t 1 2
N 3 3 2 52
R jr wgdt_zj ; _t)dt:z.(z__r_] _141
o Y1+ x2 1 29 215 2 1 20

=>m-Tn=141-7.20=1.
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dx

1
Ciu 29. (Chuyén Pai Hoc Vinh 2019) Biét ring j =aln2+bIn3+cIns5,véi a, b, ¢ 1a
03X +5Y3x+1+7
céc s6 hiru ti. Gia tri cia a+b+c bang
A D B.-> c. 10 .2
3 3 3 3
Loi giai
Chon A
A:I dx
03X +5V3x+1+7
Dit 1 =+3x+1= 1> =3x+1=> 2tdr = 3dx
Doican: x=0=r=Lx=1=¢=2
2 2tdl‘ 72 p 2 2
AZJ‘ . 3 Z_J' =_J'( jdt——(—2ln|t+2|+3ln|t+3|)‘
2 4+5t+6 31 (1+2)(2+3) 12 143 3 !
2 2 20 4
25(—2ln4+3ln5+2ln3—31n4)25(—101n2+21n3+31n5):—?1n2+§1n3+21n5
20 4 1
Viy: a+b+c=——0+§+2=—?0.

Céu 30. Bletj dx=a+bJ2 v6i a,b 1a cdc sé hituty. Tinh S=a+b.

x\/1+ nx
A. S=1. B.S= C.s5=2, D.5=2
2 4 3
Loi giai
Chon D
bit \/1+lnx:t:>1nx:t2—1:>@:2tdt
X
B o x=1->t=1
0i can
x=e—>t=\/§
e 2(-1)2tdt 2 NS
Vay jm—xdx=j¢=2j(ﬁ—1)dz=2 | =2_2p
1 xv/1+1nx 1 t 1 3 ., 33
4
Suy ra azg;b=——:>S=a+b——

Ciu 31. (THPT Ngé Si Lién Bac Giang 2019) Cho I—dx =—+bln2+cln3 voi a,b,c 1a cac

0 4+24x+1
sd nguyén. Gia tri a+b+c bang:
A. 9 B. 2 C. 1 D. 7

Loi giai
Chon C
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3

X
Y k=
£4+2Jx+1
t=4+2x+1=(t-4) =4(x+1)
— 2t —4)dt = 4dx

x=0=t=6
x=3=1t=8
8 3 _ 2 _ 8 2
I_J-t —8t+16- 4(—4)dz=j’ 121 + 44t 48dt=It__g e,
. ; 8t <8 2 2 ¢
o3 11 8 7
Syt 6In|f))| ==-12In2+6In3
4 2 6 3

=a+b+c=1

3
Ciu32. (THPT Ba Pinh 2019) Cho I:j;dx:%+bln2+clnd, véi a,b,c,dla cic sb
0

44+24x+1

~ . a . ~ X As e R 3
nguyén va 7 la phén so toi gian. Gia tri cua a+b+c+d bang

A. 16. B. 4. C.28. D. 2.
Loi giai
Pat t=vx+l=>x=1" -1
= dx =2¢dt
Déic@n:x=0—>t=1; x=3—>1=2
2 6 £ * g
j(z2—2z+3——sz: ——+3t-6In|r+2|| ==-12In2+6In3.
' 4 ! t+2 3 o3

Suyra a=7,b=-12,c=6,d =3.Dodé a+b+c+d =4.

3

Cau33. Tinh /=
0 x2+1

A I=(a*+1)Va* +1-1. E.Iz%[(a2+l)\/a2+l—l]
C. I=§[(a2+l)\/a2+1+1] D. I=(a* +1)Va* +1+1.

Loi giai
a x3+x ”x(x2+1) a >
Tacé = dx = dr =[xy +1dx.
0\/X2+1 0 \/x2+1 0
Pit u=vx"+1=u> =x" +1= udu = xdx.
Poican: x=0=u=1, x=a=u=+a’+1.

Jail Jat+1
| : =§[(a2+1)\/a2+1—1]

Vay I= [ wdu=

1

dx.

1

2
Ciu34. (THCS - THPT Nguyén Khuyén - 2018) Gia trj ciia tich phan J. lidx bang tich phan nao
-X

0
duéi day?
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T 1 T T
" 2 -2 4 -2 2
A. |2sin’ ydy. B. [ dv. C. [Ty, D. [2sin” ydy.
0 o COSX o COosy 0
Loi giai
Dit x =sin’ y taco dxzd(sin2 y) <> dx = 2sin y.cos ydy
. 1 V4
Khi x=0=y=0vax=—=y=—.
y > y 4
1 V.4 ka
1 z by
Suy raj f j 2smycosydy stm ydy .
. 2 X b
Cau 35. (Chuyén Thang Long - Pa Lat - 2018) Bict J. ——dx=—In5-cIn2 véi a,b,c la
A +1+x7 -1 a
céc s6 nguyén va phan sb % 1a t6i gian. Tinh P=3a+2b+c.
A. 11. B. 12. C. 14. D. 13.
Loi giai
Piat t=vx*+1= =x>+1=> xdx =tdt
Péi can: x:\/§:>t:2x=2x/§:>t=3.
242 3 1 7 3
Khido | de= [ . [—1n|t—1|+—ln|t+2|j
FNC e -1 0+ 3 3 2
(lln2+gln5j (2ln4]=gln5—ln2
3 3 3 3
Vay a=3,b=2,c=1=3a+2b+c=14.
Cau 36. (Binh Giang - Hai Duwong - 2018) Cho tich
4
phénj.zs— x =a+bJ6+cln 56 +12 +d In2v6i a,b,c,d 1a cac s6 hitu ti. Tinh téng
1 X f 2
a+b+c+d.
1
A ——. B. —i C. —i. D. —i.
3 25° 2 20
Loi giai
Pat t=+25-x* = =25—x" = xdx=—tdt
Khi do:
4 [re_ 2 26 2 26 26
J:I&dx: [ cfma=| [—1+ 25 zjdt: []-1+ S R
X Y 25—t d 25—t ) 2(5-1) 2(5+1)

5+t
5—t

(3 J

Vay a=3,b=-2,c=

=3- 2I+—1 576 +12 ~5n2.
5J6-12

é d=—5:>a+b+c+d=—§.
2’ 2
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1
Cu37. (Sé Hung Yén - 2018) Cho tich phan /= |

dx
0 \/4—X2

A R <A A . T 3
néu doi bién sO x = 2sint,¢ e[—;;;j thi ta

duoc.
: : : »
A.I:jdt. §.1=jdz. c1=jtdz. D1=j—.
0 0 0 0 t
Loi giai
x=2sint = dx=2coszdt.
Vé‘isz:>t=0;x=1:>t=%.
5 § 5
I:J- 2 costdt =ICOStdt=Idt
02\/1—Sin2t 0 cost 0
o x aNb+c . < .z
Cau 38. (THPT Phu Luwong - Thai Nguyén - 2018) Blet dx = V61 a, b, ¢ 1a céc soO
0x+\/1+x 15
nguyénva »>0.Tinh P=a+bh*—c.
A. P=3. B. P=7. C. P=-T7. D. P=5.
Loi giai.

1 ! ' 1
N / 1
I= _([x+m £x3( 1+x° —x)dx -([ VI+x dx -([ “d_sz_g

+Tinh A: Pit r=v1+x> = dr=xdx

¥ ¥ s 32
A= [(£=1)de= [ (¢ -£)dt = £y 2+
1 1 53 15
I:ﬂ = a=2b=2c=-1

15

P=a+b*—c=7

1
Cau 39. Cho n la s6 nguyén duong khac 0, hay tinh tich phan 7 = I(l —-x’ )n xdx theo n.
0

! . B.Izi. C.I= ! . D. = ! .
2n+2 2n 2n—1 2n+1

Loi gidi

A=

Véi neN', khi do:
bit t=1-x> = dt = —2xdx :xdxz—%di

Poican: x=0—>t=1x=1—>¢=0
l tn+l
2 n+1lo

1_ 1
2n+2

0 1
Khi do 1=—ljz"dt=ljz"dt=
21 20
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Cau 40.

Cau 41.

Cach 2: Ta co d(l—xz) =—2xdx—>—ld(l—x2) = xdx
2

. ) 11 ) 1 l—xz n+l
Iz_l.(l—xz) xdxz—aj(l—xz) d(l—xz)z—a.( )

0

l_ 1
0_2n+2

n+l

64
dx 2 .
(Chuyén Lé Quy Don Dién Bién 2019) Gia st [ = j— =aln—+b v6i a, bla so nguyén.
I Nxadx o 3
Khi d6 gid tri a—»b 1a
A. -17. B. 5. C. 5. D. 17.

Loi giai
Pit t=x > x=1' > dxr=64dr.
Poican: x=1=t=1; x=64=¢=2.

: o6 s . 1
Suyra [ = dt =6 dt =6|| 2 —t+1——— |dr
i Jl.t3+t2 -!‘t+1 -1[( t+1j

2 2
1
6J;(t2—t+1)dt—6jl'md(t+1)

3 2
=6 t——t—+t
3 2

a
Tur d6 suy ra =a-b=-5.
b=11

2

6l +1|] =6[§—%j—6(ln3—ln2) =11—6ln% =6ln§+11.

1

(Tien Du - Bic Nimh - 2020) Cho ham 6 f(x) & f(v2)==2

N
f’(x)z—x Vxe(—\/g;\/g)- Khi do If(x)dx béng

V6—x? ’
AT B. 270 c. =2 p. -7*°
4 4 4 4
Loi giai
Chon D

Tac()‘v’xe(—\/g;\/g):f(x)z_.‘f’(x).dxzj. X dv

6—x*

z_%j ! 2.d(6—x2)=—%.2 6-x +C.
6—x

Ma f(\/f)z—2<:>—\/6T2+C=—2<:>C=O.

Suy ra f(x)=— 6—x" .

3 3
Do d6 I = jf(x).dx=—j 6—x" .dx.
0

0
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- . T
bat x = \/gSII’lt,I € [—5,5} =dx= x/gcost.dt.

Pbi can x=0:>t=0;x=x/§:>t=%.

z
4

1 .
cos’ t.dt = =3 (cos2r +1).ds :_S(ESIH 2t+tj

o t—r|y
(SR N

3
Suyra I = —j V6 —6sin’ t+/6.cost.dr = —6
0

0

1. =~ « 37r+6
=3 —sin—+— |=— .
2 2 4 4

2
Cau42. (Chuyén Trin Phii - Hai Phong - 2018) Biét [————dv=a+bv2+¢\35 voi a, b, ¢
1 3x+49x7 —1
1a céc s hiru ty, tinh P=a+2b+c—-7.

A -1 B. 3¢ C. 2. p. &
= 9 27 27
Loi gidi

2

j;dx :j‘x(?ax+\/9x2 —1)dx =_2[(3x2 —xV9x? —l)dx :ISXde—'zfx\/%z —1dx
1 1 1 1
:x3‘12 +_2[xx/9x2 —1dx = 7+_2[xxl9x2 —1dx.
1 1

2
Tinh j x/9x% —1dx.
1

Pit Vox’ —1=t =>9x* —1=¢ :xdxz%t.

Khi x=1 thi =242 ;khi x=2 thi r=+35.

2 N 3

I D 16
Khido [x/o’ —1dv= [ =D <2235 -2\
Yoo 27, 21T

1 242 2

2
b 35 16 16 35
Vay [— ae=7-23 55420 3 amr, 510 oo 3
Y '!.3x+«/9x2 -1 27 27 27 27
Vay P=a+2b+c—7=7+£—£—7=—l.
27 27 9
. ] dx
CaAu43. (THPT Phan Chu Trinh - Déc Léc - 2018) Biét =Ja—b-+Jc véi a,
1x\/x+1+(x+1)x/;
b, ¢ 1a cac sb nguyén duong. Tinh P=a+b+c.
A. P=44. B. P=42. C.P=46. D. P = 48.

Loi gidi
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. dx dx
bat [ =

'l[x\/x+1+(x+1 '[\/x x+1) (\/;+ x+1)

Pt 1 =vx+Vx il = dr= Y N_ v _,dr

2\/x x+l \/x(x+1) t
Khi x=1 thi t:ﬁﬂ,k}n x=2thir=3++2.

32 V32
dr 1 1 _ 1 j:4\/5_2\/§_2

2
’!,/x x+1( X+ x+1):2ﬁ+1t_2:_2;ﬁ+1 ——2(\/54_\/5 V2 +1

=32-V12-V4 =a=32,b=12, c=4

Vay P=a+b+c=48

I=

Céu 44. (S&PhﬁThQ-ZOlS)Biétj V2x + ldx =a+b1n2+c1n§(a,b,cez).TinhT:2a+b+c.
0 2x+3/2x+1+3 3
A.T=4. B.T=2. C.T=1. D. T=3.
Léi gidi
b e et Id Ce2(Vaerl+1) - (V2 e 142)dr
£2x+3J2x+1+3_£ \/2x+1+1)(\/2x+1+2)_'([ (Vax+1+1)(V2x+1+2)
:j 2dx _j dx
0(\/2x+1+2) 0(\/2x+1+1)'

Pat u=v2x+1=>udu=dx. Véi x=0=>u=1,v01 x=4=u=3.

¢ 2udu udu 1
Suyra I'= J.u+2 J.u+l_'|.(2_u+2jdu I(l_ﬁ}‘u

1

:(u—4ln|u+2|+ln|u+1|)‘l:2—4ln§+ln2
=a=2,b=1,c=1=T=2.1+1-4=1.

Cau45. (P& Tham Khio 2020 Lin 2) Cho ham s6 f(x) ¢6 f(0)=0 va f"(x)=cosxcos’2x,VeR.

Khido [ f(x)dr bang
0

Ry B 28 c. 22 p. 22
225 225 - 225 225
Loi giai
Chon C

Taco f(x jf dx=jcosxcos22xdxzjcosx(1—2sin2x)2dx.
bat t =sinx = df =cosxdx.

=1—222d= 42 4 :_£3 4 5 o 44 ‘
:>f(x) J.( t) t j(l 4t +4¢ )dt t 3t+5t +C =sinx 3sm x+5s1n x+C
Ma f(0)=0=C=0.

Do do f(x)= sinx—%sin3 x+%sin5 x :sinx(l—%sin2 x+%sin4 xj.
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Cau 46.

Cau 47.

Cau 48.

TAI LIEU ON THI THPTQG 2021
:sinx[l—g(l—cos2 x)+§(1—COS2 x)z]
T T 4 4
Tacé ‘([f(x)dx = ;[sm){l—g(l—cosz x)+g(1—cos2 x)z}dx.

bat t =cosx = dr = —sinxdx
Ddicin x=0=t=lx=r=t=—1.

f ! 4 2 (7 4, 4
Khi do, de=[|1-=(1-£*)+=(1-¢ }dt (———t2+—t4jdt
lolf(x) Il[ S(1=0)50-0) J15 15 s
1
(lt—it3+it4j
15 45 5 )

(S¢ Binh Phudc - 2020) Cho

_242
225"

1

COS X

4 .
— _ dx=aln—. Gid tri cia a+b bang
sin” x—5sinx+6 b

O o |y

A. 0. B. 1. C. 4. D. 3.
Loi giai
Chon C
Tach = j- COS X dx=j. smx Jz- smx
Osm x—=5sinx+6 0sm x—35sinx+6 3 smx 2 smx 3)

bit ¢ =sinx=d¢ =d(sinx).

Po6i can: Khi x=0=¢=0; x=§:t= .

Khi do

(t—2()1zt_3):i(t:12+ti3jdf—[ln|t 3| ln|t 2|]‘ —ln

Tacd a=1, b=3.
Vay giatricia a+b=1+3=4.

(-3 3.4

=ln2-In—=In
2 3

~
Il
'—.»—

0 0

(D& Minh Hoa 2017) Tinh tich phan / = [ cos’ x.sin xdx
0

A [=—— C.I=-r" D.

B./=—17"
4 4
Loi giai
Chon D

Taco: = Icos3 x.sinxdx . Bét ¢ = cos x = dt = —sin xdx < —dt = sin xdx
0

Doican: Véi x=0=¢=1;v6i x=r=1=—1.

4

Vay I = —]lt3dt = _i'f'dz _L
1

Céch khac : BAm may tinh.

COS X 4 :
dx=aln—+b, tinhtong S=a+b+c
s1n x—5sinx+6 c

S t— N

(THPT Kinh Mon - 2018) Cho
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A. S=1. B. §=4. C. §=3. D. §=0.
Loi giai

) s
Patr=sinx=dr=cosxdx. x=0=1¢=0, x=E:>t=l.

1
-3

5 |
[ qr=[t—dt- (L—Ljdt—l —In2-In> =ln2
o SIn” x—5sinx+6 o —5t+6 t—=3 -2 3

a=1b=0,c=3=S=a+b+c=4

0

3
Cau 49. (Binh Duong 2018) Cho tich phan / = J.\/2 +cosx.sin xdx . Néu ddt ¢ =2+ cosx thi két qua nao
0
sau day dang?
2 3 2 %
A.I:N?dz. E.Izjx/;dz. C.Izzjﬁdt. D.I=I\/;dt.
3 2 3 0
Loi giai

V2+cos xd(cosx)

0"—;N\§

3
Tacd = J.\/2+cosx.sinxdx
0

—| V2 +cosxd(cosx+2) = Ix/_dt J.\/_dt

0'—;N\§

5
Cau50. (Dbng Thap - 2018) Tinh tich phan / = | I x4 bing cach dat u =tanx, ménh d& nao duéi
0 COS X
day dang?
% 2 1 1 1
A. I=J.u2du. B.Izj—zdu. C.Iz—juzdu. D. I—I du.
0 0 u 0
Loi giai
T2 1
I:ISIH4xdx:Itan2x —dx.
0 COS X 0 COS X
bat u=tanx = du =———dx.
COS X
Doican:x=0=>u=0, x=%:>u=1
1
Suyra: [ = J-uzdu.
0
g sin x
I=[———dx
Cau51. (THTP Lé Quy Don - Ha Ngi - 2018) Tinh tich phan 0% *
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Cau 52.

Cau 53.

Cau 54.

TAI LIEU ON THI THPTQG 2021
B.I->, c.r=":2. D.1=2.
- 2 3 20 4

Loi giai
bat t =cosx = dr = —sin xdx.

2. a o
Poican: x=0=1r=1; ngjtz .

1
2 1 _
Khidé:]zj—}dt:'[%dt:—lz LI YL
Iy ¢ 2001 2 2
3 2
T
(THPT Ly Thii Té - Bic Ninh - 2018) Cho tich phan | L’“dezalnswlnz véi a, bel.
° COSX+
3
Ménh dé nao dudi day dang?
A.2a+b=0. B. a-2b=0. C. 2a-b=0. D. a+2b=0.
Loi gidi
Pat r=cosx+2 = df =—sin xdx
Péicin x= L= x=F =2
3 2 2
2 5
2 : 2 2 5
J.&dx =—Ildt =j1dt =1nt|§ =ln§—ln2 =In5-2In2
ﬁcosx+2 5t > ¢ 2
3 2

Vay ta dugc a=1;b=-2.

(THPT Péng Son Thanh Héa 2019) C6 bao nhiéu sé a €(0;207) sao cho j sin® xsin 2xdx = %
0

A. 10. B. 9. C. 20. D. 19.
Loi gigi

1= I sin® xsin 2xdx = 2| sin® x.cosxdx

0 0

ina=b; be|-1;1
bit t =sinx = df = cosxdx va {sma e[ ]

sin0=0
b 716 7
1=2[fa=2 -2
) 70, 7
a 7
Theo gia thiét: Isinsxsin2xdx=%:£=%<:>b=1<:>sina=1<:>a=%+k2ﬂ; kel.
0

ae(0;207z)<:>0<§+k27r<207r<:>—%<k27r<397”<:>—%<k<3749.

Ma k € Z nén suy ra ke{0;1;2;...;9}.

sin2x +cos x

V1+sinx

(HSG Bic Ninh 2019) Biét F(x) nguyén ham ctia ham s6 f(x)=

Tinh F(fj
2

va F(0)=2.
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A.FKEJZ%/E—S E.F(Zj_2\/5+8 C.F(Zj=4\/§_8 D F[zj:4\/5+8
2 3 2 3 2 3 2 3
Loi giai
Ta co:
3 5sin2x+cosx T
fxX)dx=|——dx=F|—|-F(0
;[ ;‘: V1+sinx 2 (€)
bat ¢t = \/1+ sin x = 2tdt = cos xdx
3 s1n2x+c0sx 2sinx+1
S (x)dx = cos xdx
'([ '[ V1+sinx '[\/1+sinx

_fz(tz—l)ﬂ
t

N3
et = 2j (26*-1)dt = 2{%— j‘ =2+§*/§
1

1

F(%):2+§\/§+F(0)=2+§\/§+2=8+§\/§.

dr  a3+b

Toe ,VOi a,beZ,ceZ" va a,b,c 1a cac sO nguyén to cung nhau. Gia tri ciia
+sinx c

Cau 55. Biét

O o |y

tong a+b+c bang

A. 5. B. 12. C.7. D. 1.
Loi giai
1
z & " dy % cos’ o (1 +tan’ ;j
il Frwersel| o= rde=] 2
o L TSIMY [cosx+ sin xj 0 (1 + tanj 0 (1 + tanxj
2 2 2 2

Pat t:1+tan§:>2dt:(1+tan2§jdx

Péi can: x=0:>t=1;x=%:>t=3—\/§.

33

ffu__z
1 : t

—/3+3
1 3 ‘

Suyra a=-1,b=3,c=3 nén a+b+c=5.

T
Ciu 56. Cho tich phan s6 | ﬂzdxzalnswlnz v&i a,b e 7. Ménh d& nao dudi day ding?
Y COSX+
3
A. 2a+b=0. B. a-2b=0. C. 2a-b=0.. D. a+2b6=0..

Loi giai
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3 S 1nx
+ Xét: [ = J.gdx
cosx+2

3
+ Diat u = cosx+ 2 = du = —sin xdx = sin xdx = —du

V4 5
X=—=Du=—
+ Ddi can 3 2
xX=—=u=2
2
t-1 5 a=
= I = [—du=—InJul|5 = - n2-In>|=In5-2In2 =
U = =
3 2
% sin x 4 :
Cau 57. (THPT Nghen - Ha Tinh - 2018) Choj dx=aln=+b, v6i a, b la cic sb
0 cosx) —5cosx+6 c
hiru ti, ¢ >0. Tinh tong S=a+b+c.
A. §=3. B. §=0. C. S=1. D. §=4.
Loi giai
bat t =cosx = dr = —sin xdx.
Ddi can: x=0:>t=1;x=%:>t=0
Ta co:
3 0 , |
j sin x dx:—j%dzzj.(L—Ljdzzlni —In2-In> =2
o cosx —500sx+6 17 —=5t+6 o\t=3 -2 -2, 2
:alni+b.
c
a=1
Do dé: {c=3.
b=0

Vay S=a+b+c =4.
Cau58. (Thanh Chwong 1 - Nghé An - 2020) Cho ham sé y=f(x) c¢6 f(0)=1 va

71'

f'(x)=tan’ x+ tan x, Vx € R . Biét If(x)d b —~;a,beQ,khid6 b—a bang

A. 4. B. 12. C.0. D. 4.
Loi giai
Chon A

Tir gia thiét f'(x) =tan® x +tanx, Vx € R ta cd

f(x) =J.f'(x)dx =J‘(tan3 X+tanx)dx = ftanx(l+tan2 xX)dx = Itanx.d(tanx) =%tan2 x+C,
Tacod f(0)=1suyra C=1 vay f(x)z%tan2x+1.
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T a

4 4
Tich phan | f(x)dx = % [ (tan® x +2)dx
0 0

5 z
J.(tan2x+1+1)dx=%(tanx+x) ) =%(1+£)= drz
0

1
2 . 47 8

a=4

Tfrdﬁytaduqc{ =b-a=4.

Vay b—a=4.
Cau59. (Tién Lang - H&ai Phong - 2020) Cho ham sé y=f(x) c6 f(0)=0 va

f'(x)=sin® x—cos’ x—4sin’ x, Vx e R . Tinh I:I16f(x)dx.
0

A. 1=107". B. I=1607. C.I=16x". D. /=-107".
Loi giai

Chon D

Ta co:

sin® x —cos® x —4sin® x = (sin4 x—cos* x)(sin4 x+cos* x)— 4sin® x
= (sin2 x —cos’ x)(sin4 x+cos’ x) —45in® x = cos® xsin® x —sin®* x cos® x —cos® x = 3sin® x
=cos® xsin” x —sin® xcos® x —2sin® x —(cos6 x+sin® x)
=sin’ x(cos4 x—sin* x) —sin* x(cos2 X +sin’ x) - (1 —3cos” x.sin’ x) =4cos’ x.sin” x—2sin* x—1
= —écos4x+cos2x—§.
4 4

Suy ra:
f(x)=J‘f'(x)dx=j(sinsx—cossx—4sin°x)dx =f(—§cos4x+cos2x—§jdx
4 4
=—isin4x+lsin2x—§x+C.
2 4
Vi £(0)=0=C=0.
Vay f(x)z—%sin4x+%sin2x—%x.

Suy ra:
I= jil6f(x)dx = ]516(—isin4x+lsin2x—§xjdx = j(—3sin4x+8sin2x—20x)dx
0 0 16 2 4 0

T

:(%cos4x—4cos2x—10x2j =-107".

0

1
N dx 1+ .
Ciu 60. (P& Tham Khio 2017) Cho j ¢ +blnTe, v6i a, b 1a cac sé hiru ti. Tinh S = &’ +5°.
ve +

A S=-2. B. S=0. C.S=1. D.S=2.
Loi giai
Chon B
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Cau 61.

Cau 62.

Cau 63.

TAI LIEU ON THI THPTQG 2021
Cachl.Dat t=e¢" => df=e'dx.DPoicin: x=0=>¢t=lx=1=t=¢

1 e~ dx

Ieﬂ e [ {317 o=l =i )] (114 0) -2

0¢€

—1
il =1 m e T s sap =0,
l+e 2 h=-1
1 e’ +1 1 1d(e* +1
Cich 2. j dx j =jdx [—— —x|l—lnex+1|| —1-mite
e+l | € +1 0 . e+l 0 2

Suyraa=1vab=-1.Vay S=a’+b’=0.

(Can Tho - 2018) Cho tich phan 7 = J.31n x+l

1

3t+1 ‘ j3t+1

dx . Néu dat 7 =Inx thi

Alj

0

B. =

e 1
C.I1=|(3t+1)dt. D. /=|(3¢t+1)dz.
X J.(t+)t D '([(t+)t

1 1
Loi gidi

Pat t=Inx :dt:ldx.Déicén x=e=t=1; x=1=¢=0.
x

e 1
Khi d6 I = j3lnx+1dx=j(3z+1)dt.

1 0

(Chuyén Lé Hong Phong Nam Pinh 2019) Cho /= 1—dx aln3+bln2+§, voi

1x(1nx+2)
a,b,c € 7. Khang dinh nao sau dau ding.
A.a’+b°+c =1. B.a’+b*+c*=11. C.a*+b’+c*=9. D.a’+b"+c*=3.
Loi giai
Chon D
Taco I = 1—a’x dat lnx+2—t:>@=dt
1x(1nx+2) X

3
+_

=ln3—ln2+z—z:ln?>—1n2—l
t 3 2 3

~

Il
o —_—
N
N!—,m

1 +1
~dt - j—d:n
t s

2 2

Suyraa=1;p=~-1;c=-1,vdy a*+b*+c’>=3.Chgn D.

4
(Viét Pire Ha Ngi 2019) Biét /= j xIn(x’ +9)dx=aln5+bmn3+c trong d6 a,b,c la cac sb
0
thuc. Gi4 tri cia biéu thitc T=a+b+c 1a:
A T=11. B.T=09. C. T =10. D. T =8.
Loi giai

Datx2+9=z:>2xdx=dt<:>xdx=%dz.

25
Khi d6 I:%._!lnt.dt:%(t.lnt—t) ;5:%[(251n25—25)—(91n9—9)]:251n5—91n3—8.

SuyraT=a+b+c=25-9-8=38.
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I—c Inx
- 2
Cau 64. Cho (Inx+2)" g qua dang [ =Ina+b ygi a>0 beR Khing dinh nao sau day
ding?
A. 2ab=-1. B. 2ab=1. C. —b+lni=—l. D. —b+lni=l.
2a 3 2a 3

Loi giai

bat nx+2=t<Inx=t-2 :>ldx=dt.
X

Dobi can: khi x=1 thi 7=2; khi x=¢ thi t=3.

3
3 3 a==
Khi do [ J—d J.(———jdt_(l |t| jzlni_l: 2
2 ) 2 3 1
h=——
3
Vay 2ab=-1.
2Inx+1

Cau 65. (THPT Gia Ljc Hai Dwong 2019) Cho [———— 1n%—§ véi @, b ¢ 1a cac sb
1

x(lnx+2

o a Cco A A A s ,
nguyén duong, bict Z’g 1a cac phan s6 tbi gian. Tinh gia tri ¢ +b+c+d?

A. 18. B. 15. C. 16. D.17.

Loi giai

dx

bat t=Inx=dt=—.
X

Pdican: x=1=¢t=0; x=e=¢=1. Khi do:

e 1 1
=2l g jz”l —j S S dt:[—3 +21n|t+2|j “im2-L
1xlnx+2 (1+2) (t+2) t+2 t+2 . 4 2
Viy a+b+c+d=9+4+1+2=16.
1 3 x 3 Ax
2 . 1 .
Ciu 66. (Kim Lién - Ha Ngi - 2018) Biét [ ey o1, ln( 4 jvc’nm,n,p
0 T+e2 m elnn e+
1a cac s6 nguyén duong. Tinh tong S=m+n+ p.
A. S=6. B. S=5. C.S5=7. D. S=8.
Loi giai
1 3 X 3 Ax 1 x 1 X
Tacéf”x +2 +e;x'2 dx = Ix+ - =l+j 2 - =—+J
0 T+e2 0 T+e2 4 (r+el
2" 1
Tinh J = j dv.Dit 7+e2" =t =e2 In2dvr=df < 2"dx = dr .
T+e2" eln?2
Béicén:Khlxzothit:ﬂ+e;khix=1th‘1t=7r+2e.
1 x T+2e
J= [ [ La=— = ln(1+ © ]
o T+el" eln2 - ¢ eln2 e eln2 e+
1 3 X 3 Ax
Khido [7* trrec el e =4, n=2, p=1.Vay S=7.
T+el" 4 eln2 e+
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Cau 67.

Cau 68.

Cau 69.

TAI LIEU ON THI THPTQG 2021

€ (3x3 —l)lnx+3x2 -1
(THPT - Yén Pinh Thanh Héa 2019) Cho j

1

dx=ae’+b+c.In(e+1) véi
l+xlnx

a,b,c 1a cac sd nguyén va Ine=1. Tinh P =4’ +5> +¢’.
A. P=9. B. P=14. C. P=10.
Loi gigi

P=3.

IS

Ta co

¢ 3x —1 Inx+3x* -1 ¢ 3x%(1+x1 1+1 1+l
I= j de=| x(Lkxiny) - (1+Inx) jsxzdx J.ldx ¢ —1-4
1 1+xlnx | I+xlnx I+xlnx
(I+Inx)
Tinh A= J.—dx bt t =1+xInx=dr =(1+Inx)dx.
1+ xInx
v [x=1=t=1 d e
boi can: .Khido 4= J =In(e+1).
x=e=>t=e+l
a=1
Viay I =¢’ —~1-In(e+1) —>{b=-1=>P=a’ +b’ +c* =3.
c=-1
L In2 dx 1 . ,
Biét I = —7=—(lna—lnb+lnc) voi @, b ¢ 1a cac s6 nguyén duong.
0 e'+3¢"+4 ¢
Tinh P=2a-b+c.
A. P=-3. B. P=-1. C. P=4. D. P=3

Loi giai
In2 dx In2 e*dx
Dét:t:exbdt:exdx.l-)éicém:x=0:t=1,x=1n2:>t=2.
2
Khido [ = ] =—I (——— t—llnt—Jrl =l(ln3—ln5+ln2).
£ +4t+3 t+1 t+3 2 t+3]
Suyraa=3,b=5,c=2.Vay P=2a—-b+c=3.

Taco [ =

2
(Chuyén Ha Long - 2018) Biét J x+l =In(Ina+b) véi a, b 1a cac s nguyén duong.
X +xlnx
Tinh P=a’+b*>+ab.
A. 10. B. 8 C. 12. D. 6.
Loi giai
2
Tacoj x+1 J‘ x+1
x* +xlnx L x( x+lnx
1
Patt=x+Inx :>dt=( jdx=&dx
X x

Khi x=1=1t=1; x=2=t=2+In2.
2+1n2dt

Khido 7= [ ==Inl

t

1

=2

2+In2

=In(In2+2). Suy ra {a
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Viy P=8.

1

(x2+x)ex .
Cau 70. (Chuyén Thai Binh 2018) Cho J.—_xdxza.e+bln(e+c) voi @, b c€Z Tinh

Cau 71.

Cau 72.

. X+e
P=a+2b-c.
A. P=1. B. P=-1. C. P=0. D. P=-2.
Loi giai
Taco: [ J-x+x ij+lexe
, XxXte o xe +1

bat r=xe" +1 = dr =(1+x)e"dx

Dowan:x—0:>t=1' x=1=t=e+1.

e+l e+l

Khi do: [ = j—d —I(l—%)dﬁ(f—lnwe

1

*l =e—In(e+1).

Suyra: a=1,b=-1, c=1.
Vay: P=a+2b—-c=-2.

2

(Chuyén KHTN - 2020) Cho ham s6 y = f(x) biét £(0) =% va f'(x)=xe" véimoi xeR.

1
Khi d6 j xf (x)dx bing
0

A S B <=1 c. o=l p. &L
4 4 2 2
Loi giai
Chon B
1 .
Ta cd dx xe dx=— =—e" +C.
F )= f ()= Jlea(x)=3

Ma f(0)=%©%+C=%<:>C=0:>f(x)=—ex2.

= jxf(x)dx =%j.xex2dx =%j.ex2d(x2) =le"2

0 0 0

(Chuyén Nguyén Binh Khiém - Quing Nam - 2020) Biét ring f mdx —ain2-2

x(Inx+1) c
v6i a,b,c 1a cac sd nguyén duong va LA phan s6 t6i gian. Tinh S=a+b+c.
C
A. S=3. B.S=7. C. S=10. D. S=5.

Loi giai
Chon D

biat Inx+1=1¢. Ta co: ldxzdt.
X

Doican: x=1=t=1; x=e=>1t=2.

. 2lnx+1 ’ 2t—1 2[ ] [ 1]
T : dx = ———|dt =|2Int|+-
4o fx(lnx+1 ‘[‘ [ n|| !

1

? 1
=2In2——.
2

1
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Cau 1.

Cau 2.

TAI LIEU ON THI THPTQG 2021
Suyra: a=2; b=1; c=2.Khidé: S=a+b+c=5.

r . b b b
Néu u,v ¢6 dao ham lién tyc trén (a;b) thi |/ =I wdv=uy| —J. v.du|.

ch U= ooeeeeeenns M)du— ........... dx
on Nguyén ham
AV = dy S e,

Nhan dang: tich hai ham khac loai nhan nhau (vi du: mii nhan lugng giac,...)
Thir ty wu tién chon u 1a: "log — da — lwgng — mii" va dv 1a phan con lai.

Nghia 1a néu c6 In hay log, x thi chon u=In hay u=1log, x:%.lnx va dv= con lai. Néu
na

khong c6 In; log thi chon u = da thuc va dv = con lai,...

CHU Y:. fab(hém mii). (lwong giac). dx —— tich phén ting phan luan hoi.
NghTa la sau khi dét u, dv dé tinh tich phén tirng phﬁn ve‘l tiép tuc tinh f udv s& xuat hién lai tich

cpe e

day 1a phuong trinh bac nhat an 13 I = I.

2 2
(Pé Tham Khao 2020 Lan 2) Xét jxexzdx, néu dit u =x* thi jxexzdx béng
0

0

2 4 2 4
A. 2Ie”du. B. 2Ie"du. C. lJ.e‘du D. lJ.e‘du
0 0 20 20
Loi giai
Chon D
< 2 du
bitu=x :>du=2xdx<:>xdx=7.
Khi x=0=u=0,khi x=2=>u=4.
2 4
Do do Jxexzdx=lj.e”du.
0 20
(Pé Minh Hoa 2017) Tinh tich phan 7 = j xIn xdx:
1
2 2 2
A r=4"1 B. /=1 c.1-9=2 p. =41
4 2 4
Loi giai
Chon D
duzldx
< _ |lu=Inx X
Izjxlnxdx bat ;
1 v = xdx X
y="—
2
2 ¢ e 2 2 e 2 2 1€ 2 2 2
=>I=—Inx| - l.x—abc:e——l xdx=5- :e___+l:e +
o 0X 2 2 2y 2 , 2 4 4 4
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Cau 3.

Cau 4.

Cau 5.

(M3 103 2018) Cho j(1+x1mc)dx=ae2 +be+c v6i a, b, c 1a cac sb hiru ty. Ménh dé nao

1

dudi day dang?

A.a+b=c B.a+b=—— C.a-b=c D.a-b=-c
Loi giai

Chon C

Ta co j1+xlnx J.ldx+J.xlnxdx—e 1+_[xlnxdx
1

1

=Inx=du=—dx
Dit *
? 2
dv=xdx=>v=—
2
e 2 e le 2 1 € 2 2 2
Khi @6 lenxdx=x—lnx ——dex =e———x2 =e——e—+l =e—+l.
| 2 29 2 4 | 2 4 4 4 4
e 2 2
Suy ra I(1+xlnx)dx=e—1+e—+— =e—+e—é nén azl, b=1, c=—§.
1 4 4 4 4 4 4
Vay a-b=c.

(Mi 104 2018) Cho j(2+x1nx)dx =ae’ +be+c voi a,b,cla cac sb hiru ti. Ménh dé nao sau

1

day dang?

A.a+b=c B.a-b=c C.a-b=-—c D.a+b=—
Loi giai

Chon B

+[=2e-2+1vV01 [ = jxlnxdx

1

Taco j2+xlnx)d.x _[de+'fxlnxdx 2x1
1

duzldx
. jlu=Inx x
bat
{dv=xdx x’
y=
2
2 e 2 2 2 2
—7="Inx| - zdx:x—lnxe—x—e:e——l(eQ—l):e +1
1 92 2 1 411 2 4 4
2
j(2+xlnx)dx 2e—2 1_1, e ——
1
1
a=—
4
=3b=2 =a-b=c
7
c=——
4

1
(THPT Nguyén Viét Xuén - 2020) Biét jxln X +1)dx aan—— (v6i a,b,c eN" va b la
¢
0
phan s6 t6i gian). Tinh P =13a+10b+84c.
A. 193. B. 191. C. 190. D. 189.

Loi giai
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Chon B
2x
dy=——-dx
=In(x’+1 2
bat: ! n(x ):> 2x+1
dv = xdx v:x—+l
2 2
] 2 +1 Lo I
Khi d6: In(x?+1)dx = In(x*+1)| —|xdx =In2——

= a=1,b=1Lc=2.Vay P=13a+10b+84c =191.

(Nguyén Trii - Thai Binh - 2020) Cho « 1a s6 thuc duong. Tinh I = j sin”"'® x.cos (2018x) dx

0

bang:
2017 . +..2017
A ] cos a.sm2017a_ B. /- sin® ' a.cos2017a
2016 2017
- 2017 2017
C. I sin” " a.cos2017a _ D. = cos™ "a.cos2017a
2016 2017
Loi giai
Chon B
Taco I = J.sinzo”’ x.cos(2017x+x)dx = Isinzo”’ x.[cos(2017x).cosx—sin(2017x).sin x] dx
0 0

a

sin”"'® x cos (2017x).cos xdx —J sin®"” xsin(2017x)dx.

0

O e

Xét J = jsinzm x¢0s(2017x).cos xdx .
0
du =—2017sin (2017x)dx

5 {u =cos(2017x)
bat =

du = sin®™'® x.cos xdx v=——sin""" x
2017
Khi d6 J = cos(2017)c).$sin2017 x| + J.sinz‘m x.sin(2017x )dx .
0 0

a

Suy ra I =cos(2017x).— 501 n*" x

+js1n2017 x.sin (2017x )dx — jsinzon x.sin(2017x)dx .
0

0

= cos(2017x).ﬁ sin®"” x sin®"" a.cos(20174).

., 2017
(Chuyén Lwong Vin Ty - Ninh Binh - 2020) Cho ham s6f(x) c6 f(0)=-1va
f'(x)=x(6+12x+¢™),VxeR. Khi do _l[f(x)dxbéng

A. 3e. B. 3¢, 0 C. 4-3¢". D. -3¢'.

Loi gii
Chon B
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Ta co: f’(x) = x(6+12x+e_x),Vx €R nén f(x) la mot nguyén ham cia f’(x) )

If,(x)dx=_|.x(6+12x+€7x)dx=I(6X+12x2)dx+.|‘xefxdx

Ma j(6x+12x2)dx=3x2+4x3+c

—X

V=—€

U=x du=dx
Xét jxe"‘dx: Dit =
dv=e"dx

Ixe’xdx =—xe " +je”‘dx =—xe —e " +C=—(x+1)e"+C
Suyra f(x)=3x>+4x"—(x+1)e*+C,VxeR.

Ma f(0)=—1:>C:0 nén f(x):3x2+4x3 —(x+l)e_",‘v’xeR.

Ta co

1 1

J.f(x)dx=_|.(3x2+4x3—(x+l) x +x

0 0

jx+1 Ty =2- jx+1 “dx
0

—X

V=—€

: u=x+1 du=dx
Xét J-(x+1)e_xdx : bat { B :>{
0 dv=e"dx

1 1
I(x+l)e_xdx=—(x+1)e_" ] +J.e_xdx=—2e_' +1-€e" 1 =2e¢'+1-¢'+1=2-3¢"
0 0 0 0

1

Vay J‘f(x)dx=3efl.

0

4
Cau8. (Chuyén Bic Ninh - 2020) Biét 7 = j xIn(x*+9)dxr=aln5+bIn3+c trongdé a, b, ¢ 1a céc

0

sb thuc. Tinh gia tri cia biéu thic T=a+b+c.

A.T=9. B.7T=11. C. T=8. D. T=10.
Loi giai
Chon C
Cach1
2x
du = dx
=In(x*+9 2
bat ! (x ),tac() x2+9
dv = xdx v:X +9
2
Do do
2 4 4
I—X +9ln(x2 9) J.x +9. 22x ad +9ln(x2+9) —jxdx
2 0 o 2 x°+9 0 0
X249 Yoo 9

4
== 1n(x2+9) -

:7ln25—51n9 8=25In5-9In3-8 =aln5+bIn3+c.
0
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TAI LIEU ON THI THPTQG 2021

a=25
Suyra {b=-9=a+b+c=8.
c=-8

Cach 2

Taco [ :j“xln(x2 +9)d)<

0
bat t=x2+9:>dt=2xdx:>xdx=%dt
Poican: x=0=¢=9, x=4=1¢=25

Suyra [ = j.)cln()c2 +9)d)< zézflntdt
0 9

. {uzlnt , duzldt

bat ,taco t .
=dt

v=t

:>]=lzftlntdt=l t.lnt|25—2ft.ldt 1 t.lnt|25—Tdt =l(t.1nt|25—t|25)
2 ) 2 9 4 ¢ 2 9 ! 2 9 9

:%ln25—31n9—8 =25In5-9In3-8 =aln5+bHIn3+c.

a=25
Suyra 1b=-9=a+b+c=8.
c=-8

1
(Chuyén Hung Vwong - Pha Tho - 2020) Xét ham s f (x)=ex+.|.xf (x)dx. Gia tri
0

cua f(In(5620)) bing

A. 5622. B. 5620. C. 5618. D. 5621.
Loigiai

ChonA

1
T f(x)=¢" +Ixf(x)dx. (1)
0
Lay dao ham hai vé, suyra f'(x) =e".
Khi do, f(x) = J.f'(x)dx = Ie"dx =e"+C.(Q2)
1 1 1 1
Tu (1) va (2) suyra: C = Ixf(x)dx < C= J.x(ex +C)dx <= C= J.xexdx+J.CX dx
0 0 0 0

L

<:>C=1+CX

®C=1+£<:>C=2.
o 2

Vay f(x)=¢" +2= £(In(5620)) = "™ +2 =5620+2 = 5622.
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Cau 10.

Cau 11.

Cau 12.

1
Tich phan j(x—2)ezxdx bing
0
—5—3e2. B. 5—3e2‘ 5—3e2' D. 5+3e2.
4 4 2 4

A.

1 2x "

du =dx
u=x-2
bat e, =
dv=e""dx yv=—e

2
Suy ra
‘ 1] 1
I(x—2)ezxdx=(x—2)—ez" —J.—ez"dx
0 2 ]y 52
1 2
:—lez+1—lez" :—lez+1—lez+l— EFCTAE A 36‘
2 4 | 4 4 4 4 4

1
(THPT Cim Giang 2 2019) Biét rang tich phan j (2x+1)e’dx=a+b.e, tich a.b bang
0

A. -15. B. 1. C.1. D. 20.
Loi giai

Chon C.

Diéukién: a, beZ.

{u=2x+l {du=2dx
bat = .

dv=e"dx y=¢"

1
—2fe'dr = (2x-1)e*

0

1

(2x+1)exdx=(2x+1)e"; 0=1+e=a+b.e.

=

o —

a=1
= . Vay tich a.b=1.
b=1

2
In b ,
(THPT Hing Vuwong Binh Phwéc 2019) Cho tich phan / =j—2xdx:—+a1n2 v6i a 1a sb
1 X C

B \ ) A A N b \ A A LA <9 ’ .7 . 5 < R ’
thuc, b va ¢ la cac so duong, dong thoi — la phan sO toi gian. Tinh gid tri ctia biéu thuc
c

P=2a+3b+c.
A. P=6. B. P=5. C. P=-6. D. P=4.
Loi giai
dx

:1 [ J—

u=lnx - jdu “nx|2 31 “lnx -1\2 1 In2
bat dx = I = +I—2dx: +— I ——

v=— . x |1 9x X x)JI 2 2

X

:>b=1,c=2,a=_71:>P=2a+3b+c=4.
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

TAI LIEU ON THI THPTQG 2021

(THPT L& Xoay Vinh Phic 2019) Cho tich phan / = | (x— 1) sin 2xdx. Tim déng thirc ding?

O e | Ny

T

: :
A. [ = —(x—l)cost—fcostdx. B. I:—l(x—l)cos2x ! jcos2xdx
0 2 0 0
1 Dol T4
C.I= 2()c 1)cos2x +5Icos2xdx. D. 7 =—(x—1)cos2x +J.cos2xdx.
0 0 0
Loi gigi
u= (x—l) du = dx
bat ) ,tacod 1 . Do dé:
dv =sin 2xdx v= —§c0s2x

: -
I= I(x 1)sin 2xdx = — ;(x—l)c032x4+%'|.c052xdx.
0 0

0

(Chuyén KHTN 2019) Biét rang ton tai duy nhdt cac bd sé nguyén a,b,c sao cho
3
j(4x+2)lnxdx=a+bln2+cln3. Gia tri ciia a+b+c¢ bang

2

A. 19. B. -19. C.5. D. -5.
Loi giai
lnx:u:ldx:du
bat X
(4x+2)dx:dv:2x2+2x=v
Khi d6

7

3 3 3
[(4x+2)Inxdx =In x.(2x" + 2x) 2—2I(x+1)dx=241n3—121n2—2.5=—7—121n2+241n3.
2

2

Vay a=-7;, b=-12; c=24=a+b+c=5.

£ . 2ln(l+x) ,e . A 1~ s p
(HSG Bic Ninh 2019) Cho j—zdx:aln2+bln3, véi a,b 1la cac s6 hiru ti. Tinh
X
1

P=a+4b.

A. P=0 B. P=1 C. P=3 D. P=-3
Loi giai

2 2 ! 22

Jdezjln(l+x)(_—lj dr =In(1+x). 2 [ L

1 t X x| qx+1 x

:—lln3+ln2+J. dx— J—dx——ln3+ln2—1n 1+x| +1nx|
2 x+1 2

=—11n3+1n2—1n3+21n2=—31n3+31n2:>a=3,b=_—3.
2 2 2
Vay a+4b=-3.

2]000

Tinh tich phan 7 =
P I (x+1)

In x dx , ta duoc
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In 2" 2 10001n2 2100
A. I=——1+21000 +10011n—1+21000 . B. I=- 52 lnl+21000 .
In2"" 2 10001In2 21000
C. 1= 4 91000 _10011n1+21000 . D. /= 14000 n1+21000 :
Loi gidi
Chon A
u=Inx du:ﬁ
Pat dx = X
dv= > 1
11y fy=-—
(x ) x+1
U 0 e D U 2100"(1_ 1 jd __1000m2 | x|
x+1], D xdl x 24 x x+l1 2 11 =1
1000In2 2100 1 10001In2 2% 2! 2
== 21000 | +In 21000+1_1n§:_ 21000 | +In 21000 | 41000 +10011n1+21000 .
2
Cau17. Biét [2xIn(x+1)dx =alnb,véi a,beN’, b 1a 56 nguyén t6. Tinh 6a+7h.
0
A. 6a+7h=33. B. 6a+7b=25. C. 6a+7b=42. D. 6a+7h=39.
Loi gidi
2
Xét I=[2xIn(x+1)dx.
0
1
. uzln(x+1) du=——-dx
bat & x+1 .
dv =2xdx 5
v=x"—1
tx -1 f x’ ’
14 _ 2 _ 2 _ _ _ _ _ I A _
Tacé I =(x"—1)In(x+1)[; Ix+1 dx=3In3 !(x 1)dx =3In3 (2 xj =3In3.

0 0

Vay a=3,b=3=6a+7b=39.

Ciu 18. (Chuyén Hung Yén 2019) Biét ring j Inxdx =1+2a, (a>1). Khing dinh nao dudi day la
1

khang dinh diing?
A. ae(l8;21). B. ae(l;4). C. ae(ll;14). D. ae(6;9).
Loi giai

bat u=Inx :>du=ldx
X

dv=dx =>v=x

Ta co Jlnxdx:a.lna—jdx:alna—a+1:1+2a
1 1

=alna=3a o ha=3=a=¢".
Vay ae(18;21).

1
Ciau 19. (KTNL GV Bic Giang 2019) Cho tich phan j (x—2)e'dx=a+be, v6i a;beZ . Tong a+b
0

bing
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Cau 20.

Cau 21.

Cau 22.

Al
Chon A

dv =e"dx

TAI LIEU ON THI THPTQG 2021
B. -3. C.5. D. 1.

1
0

1
0

v=e

u=x-2 du=dx | ‘
bat = : :>J.(x—2)ede=(x—2)ex —Jexdx=—6+2—ex =3-2¢e=a+be
0

0

voi a;beZ=a=3b=-2=a+b=1

(KTNL GV Thua

2
1

2
I = J.xexdx = xe"
1

(THPT Yén Pho

2
n Thanh 2 Bic Ninh -2019) Tinh tich phan / = [ xe"dx.
1
B. [ =-¢". C.l=e. D. [ =3¢* —2e.
Loi giai

0

—J.exa')c:Ze2 —e—¢e"

1

2 2 2 2
| =2e —e—(e —e):e .

3
ng S6 1 Béc Ninh 2019) Biét ring [xInxdx=mIn3+nin2+p trong dé
2

m,n,peQ.Tinh m+n+2p

A
4

Chon C

u=Inx
bat =
{dv = xdx

3 2
= .[xlnxdxzx—lnx
S 2

B. % C.0. D. —é.
Loi giai
du—ldx
X
x2
y=—
2
3 3 ) 3 e
—ljxdxzx—lnx - =2ln3—2ln2—§.
, 25 2 5 , 2 4

Suyra m+n+2p=0.

2
(Chuyén Lam Son Thanh Héa 2019) Biét [2xIn(1+x)dx=a.lnb, véi a,beN’, b 1a sb
0

nguyén to. Tinh 3a
A. 42.

2
Xét[=j2xln(1+x)dx.£)ét{
0

Taco: [ = (x2 —l)ln(x+l)‘

+4b.
B. 21. C. 12. D. 32.
Loi giai
u:ln(l+x) duzde
= 1+x
dv =2xdx 2
v=x" -1

2 2 2

2 2
[ _1dx=31n3—j(x—1)dx :3ln3—(x__xj
o X+1 o 2

2

=3In3.

0
0

Viy a=3, b=3 =>3a+4b=21.
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2
Cau 23. (Chuyén Quoc Hoc Hué 2019) Cho tich phan [ = I lnzx :é+aln2 voi a 1asd thue, b va ¢
1 X C

\ ’ A A A N b \ A A A *o ’ .7 . 5 R 4
la cac sO nguyén duong, dong thoi — la phan sO toi gian. Tinh gid tri cua biéu thutc
c

P=2a+3b+c.
A. P=6 B. P=-6 C.P=5 D. P=4
Loi giai
u=Inx du:l.dx
bat 1 = *
dv=—2.dx 1
x v=——
2 2
Tacd I = (—1 nx) +I dx——ll 2—l =l—lln2:>b=l,c=2,a=—l.Khid(')
X X 2 x|, 2 2
P=2(—1 +3.1+2=4.
2
3
Ciu 24. Biét [ = j x2 dxzﬁﬁ—lnb.Khidé, gid tri cia a” +b bang
( COs” X a
A.11. B. 7. C. 13. D. 9.
Loi giai
%X du = dx
bat 1 =
dv=—7—dx v=tanx
cos” x
. 3 3. 3
]:xtanx|0§ _J.tanxdxzz_\/g_ISIH.xdx _ 7Z’\/§+J‘d(COSx)
0 3 y COSx 3 oy Cosx
:”T\/g+1n|cosx||o3—”\/_ In 5—1 I_T\/_—ln2 =a=3,b=2.Vay a* +b=11.
A F(x)+2x+In(x-1 .
Céu25. Cho [In(x* —x)dx = F(x),F(2)=2In2-4.Khido 1=j[ (x) ( )}Jx bang
X
2
A. 3In3-3. B. 3In3-2. C. 3In3-1. D. 3In3-4
Loi giai
, 2x-1
Bt {u:ln(x —x)3 u 7
vi=1 v=x

2x—1

x—1

SuyraF Iln X —x)dx xln(x —x) 'f dx=x1n(x2—x)—2x—ln|x—1|+C

F(2)=2In2-4=C=0suyra F(x)=xIn(x" - x)-2x—In|x -1

X

Khi dé: [:i[F(x)+2x+ln(x—l)}da =jln(x2 —x)dx =F(3)-F(2)=3mn3-2.
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3
Ciu 26. (Chuyén L& Quy Pon Pién Bién 2019) Biét / = j :£7z—lnb v6i a, b 1a cac sb
< cos’ X
nguyén duong. Tinh gia tri cua biéu thirc T =a” +b.
A. T=9. B. T =13. C.T=T7. D. T=11.
Loi giai

3 3
. X 1
Xetl:j . dx:jx. —dx..
[ COs” X v €Os"Xx

e du = dx
bat 1 & .
dv= dx v=tanx

COS2 X

T z \/5

d(cosx) :[xtanx+ln(cosx)] 3 :Tﬁ—lnl
0

I =x.tanx ?—

z o5
tan xdx = x.tan x| 3 +I
0 0

0 COSX

O —— | N

Suyra{ =T=a"+b=11.

a A , A < < 2 ln (1 + 2x)
Céau 27. (Thpt Lé Quy Pon Da Nang 2019) Cho .[—2
1

dx:%1n5+bln3+cln2,vc'ri a.b,cla

cac sO nguyén. Gia tri ciia a+2(b+c) la:

A. 0. B. 9. C.3. D.5
Loi giai
Ap dung phuong phap tich phan timg phan:
u=In(1+2x) |du= 2
< 2x+1
bat: 1 = | 2 +l)'
dv-;dx chiny=———2="77
X X
tIn(1+2 —(2x+1 22
:jn( i e G 1+2x j
X X

1 l

= [—éln5+3ln3j+21n|x||2
2 1

=_751n5+31n3+21n2.

=>a=-5,b=3,c=2.
Vay a+2(b+c)=5

" 21n1+x iy TS S —ab
Cau 28. OJ. dx:aln2+bln3,V0'1“, 1a c4c s6 hiru ti. Tinh P =ab
1
A.Pzg. B. P=0. Q.Pz_?g. D. P=-3.

Loi gidi
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2
Ta co I:jwdx:aln%rbln?).
1

X

u=In(1+x) du:de

Pit ) N 1+x
dv=—dx 1
X v=——:.
X

Khi d6 ]———ln(1+x)| +j —dx=—51n3+1nz+f (__Ljdx

(1+x) x 1+x

2
= —%ln3+ln2+(lnij

:—lln3+ln2+21n2—ln3:3ln2—§1n3.
x+1)), 2 2

Suyra a =3, bz—%.Véy P=ab=_79.

1
Ciau29. (KTNL GV Bic Giang 2019) Cho tich phan I(x—2)exdx =a+be, v6i a;beZ. Tong a+b
0

bang

A. 1. B. -3. C.5. D. -1.
Loi giai

Chon A.

pg 142 L= :j( 2)etdx = (x~2)e"
a X — e axX =(X — e
" |ldv=e'dx v=e"

voi a;beZ=a=3,b=-2=a+b=1

1

1
J.exdx:—e+2—ex . =3-2e=a+be
0

In(sinx+2cosx . ,
( )dx=a1n3+bln2+cn voi a, b, ¢ 1a céc so hitu ti.

3
Cau30. (Sé Phii The 2019) Cho | _
0 cos” x

Gi4 tri ciia abc bang

A D B2 c 2 p.
8 8 4 8
Loi giai
Chon A
uzln(sinx+200sx):>du:wdx
P sinx+2cosx
at
dv=—o—=v=tanx+2
cos” x
4ln sn +2cos LI
j Y x)dx=(tanx+2)ln(sinx+2cosx dex
o cos’ x COS X

|2

=3ln ( \/_J 2In2 Il 2tanx)dx=31n3—%ln2—(x+21n|cosx|)E
2 5 n 5 1

=3ln3—zln2 I omXE =3m3-2m2-2 =>a=3,b=——,c=——.
2 4 2 2 4 2 4

Vay abc =18.
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12 1 c

(Chuyén Thai Binh 2019) Biét j(1+x—lje *dx :%ed trong d6 a,b,c,d 1a cac sb nguyén

1 X
12

dwong va cac phan sd 1a t6i gian. Tinh bc —ad .

ac
b'd
A. 12 B. 1. C.24. D. 64.

Loi giai

12 1 L 12 1 xil 12 L
Ta co: Izj[x(l——szrl}e dezjx(l——zje de+je *dx .
1 X 1 X 1

12 12 12

1.
X+—

2 v=e *

u=x {du—dx
X

bat: 1 i
dv=|1-—|e *dx

12 1 2 1 2 12 2 1
., 1 x+— X+ xX+— xX+— Xt—
KhldOZI:JX l-—|e de+_|.e ‘dx=x.e * —Je de+_|.e *dx

1 X 1 LI 1

12 12 12 12

1 1 145

_ 12612+E _ielz+ﬁ _ 143 o

12 12

Vay: a =143;b =12;c =145;d =12. D6 d6: bc —ad =12.145-143.12 =24

2erln(erl)

(THPT Yén Khénh A 2018) Cho [————Ldv="+>In3 (véi a,ceZbdeN:"< la
0 (x+2) b d bd
cac phan s6 tdi gian). Tinh P=(a+b)(c+d).
A 7. B. -7. C.3. D. -3.
Loi gigi
2 2 2 2
Ta ¢6 Ix—kln(x—zkl)dx:.[ 1 dx—J. 2 ! Ih’l(X'i‘l)
o (x+2) o X+2 o (x+2) o (x+2)
2 2 2
| 1 dr— | 2 zdx:(ln|x+2|+ 2 j “n2-L.
o X+2 0 (x+2) x+2 )], 2
Izj-ln(x+1)
0 (x+2)
1
u=In(x+1) dy =——
it RN x
a dv= -dx b -1 +1_x+l
(x+2) _(x+2) Cx+2
2 2
Suyralzw —j ! dr==In3-In2.
(x+2) . 0(x+2)
% 1 1
Do do JHH—(xt)dx:—l+gln3:Pz(—1+2)(3+4)=7.
o (x+2) 2 4
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Cau 33.

(Ping Thic Hira - Nghé An - 2020) Cho ham s6 y = f'(x) c6 f(l)—% va f'(x):( al ?
x+1

2
x>—1. Biét jf(x)dx:alné—d Vv6i a,b,c,d 1a cac s6 nguyén duong, h<3 va b tbi gian.
c c

Khi d6 a+b+c+d bang

A. 8. B. 5. C.6. D. 10.
Loi giai
Chon D
1 . .
Ta co j —j dlen(x+l)+—+C,Vc'ri C la hing so tuy y.
x+1 x x+1

Do f(1)=%31n2+%+C=%<:>C=—ln2.

Khi do, ta co
2 2 1 2
!f(x)dxzﬂln(x+1)+m—1n2}dx=!1 n(x+1) dx+j—1—1n2 dx.
dx
2 —In(x+1 =
Xeét 1= [In(x+1)dv. Pat | n(xel) L Jdu =" ihi a6 ta oo
1 dv=dx o=
I=xIn(x+1) - 2% 5 n3—mn2- j ;=2In3-In2- jdx+j—_21n3 214 |2
! 1 x+1

L x+1

Khi do,

2

[/(x)dx=2In3-n2- 1+2j—1—1n2 dx=2In3-n2-1+2In3-2In2-In2= 41n%—1
1

1

Suy ra =a+b+c+d=10.
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Chuyén dé 26 TiCH PHAN - PHONG PHAP TINH TiCH PHAN

TAI LIEU DANH CHO HQC SINH KHA — GIOI —- XUAT SAC MUC 8-9-10 PIEM

Dang 1. Tich phin Ham an|
N 0 ddi

Dang 1.1 Giai bang

b
Thong thuong néu trong bai toan xuat hién j f [u (x)] dx thi ta s& dat u(x)=1
Caul. (Chuyén Bién Hoa - Ha Nam - 2020) Cho ham s f (x) lién tuc trén R va thoéa man
1 2
[ £ (x)dx=9.Tich phan [[ f(1-3x)+9]dx bing
-5 0

A. 15. B. 27. C.75. 21.

Loi gidi

=

Chon D
2 2 2 2
Taco [[f(1-3x)+9]dx=[f(1-3x)dx+[9dx = [ f(1-3x)dr+18.
0 0 0 0
2
Xét [ f(1-3x)dx, dat t=1-3x :sdt:—3dx:»dx=—%
0
) 2 1—5 1 1
Ddicankhi x=0=¢=1; x=2=¢=-5.Suyra jf(1—3x)dx=—§jf(t)dt=§jf(t)dt.
0 1 -5

Khi d6 i[f(l—sx)w]dx:%if(t)dtﬂs=§j5f(x)dx+18=21.

Cau2. (Chuyén Lam Son - 2020) Cho ham s6 f(x) lién tyc trén doan [0;10] théa man

1IOf(X)dx=7,ljof(x)dx:1. Tinh P=jf(2x)dx_

A. P=6. B. P=-6. C. P=3. D. P=12.
Loi giai
Chon C
2 10 10
Ta co: If(x)dx=jf(x)dx—jf(x)dx=6.
0 0 2

1
Xét P:jf(zx)dx.f)at t:2x:>dt:2dx:>dx:%dt.
0

Poi can:
X 0 1
1 0 2
Lic d: P=[ £(2v)dv=1 [ (0)ai=1 [ £(x)de=3.
0 20 20
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Cau 3.

Cau 5.

(Chuyén Béc Ninh - 2020) Cho / :jf(x)dx = 26. Khi d6 J =ix[f(x2 +1)+1]dx bang
1 0

A. 15. B. 13. C. 54. D. 52.
Loi gidi
Chon A
+ Ta c6: J=jx[f(x2+1)+1]dx =jxdx+jxf(x2+1)dx.
0 0 0
+ Xét AZj dx .
0

2 x22
A=[xdx=2] =2

P73

+ Xét B:j.xf(x2+1)dx.
0

bit 1 =x" +1 = dr =2xdx.
boi can: X 0 2

Ta co: P 1 3

B= jxf(xz +1)dx :%If(t)dt ==[f(x)dx =%.26 =13,

Vay J=A+B=15.

, t/ (V)
(Chuyén Lao Cai - 2020) Cho ham s6 y = f(x) lién tuc trén R thoa man _[ 7 dx=4 va
X
7 3
jf sinx)cos xdx = 2. Tich phan [ = J.f(x)dx bing
0 0
A 1=8. B.1=6. C.l1=4. D. 1=10.
Loi giai
Chon C
1
Pit t=/x = dt=——=dx.Khidé x=1=r=Lx=9=7=3

N

Suy ra j‘f(\/;)dx = 2} f(t)dt=4= jf(t)dt =2.

L Wx
Bétt=sinx;xe[—%;%}:>dt=cosdx.Khidé. x:0:>t=0;x:%:>t:1

Suy ra j.f(x)dx =j.f(x)dx+j.f(x)dx =2+2=4.

5 2
(THPT Cim Giang 2019) Cho biét j £ (x)dx=15. Tinh gi4 tri cia P = j [ /(5-3x)+7]dx.
-1 0

A. P=15. B. P=37. C. P=27. D. P=19.
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Loi giai

bat r=5-3x :>dt=—3dx:>dx=—%dt.

Poican: x=0thi 7=5; x=2thi r=-1.
e h h RN S
Ta co: Pz![f(5—3x)+7]dx =_([f(5—3x)dx+‘([7dx=£f(t)—3+7x|0=§If(t)dt+14

- -1

=l.15+14=19.
3

4
(THPT Luwong Thé Vinh Ha Noi 2019) Cho [f(x)dx=2018. Tinh tich phan
0

2

I={[f(2x)+ f (4-2x)]dx.

0
A. 1=0. B. /=2018. C. 1=4036. D. 7=1009.
Loi giai
2 2
Taco I= [ f(2x)dv+ [ f(4-2x)dx=H+K
0

0
2
Tinh K = [ f(2x)dx.
0
4

Pit t=2x=dr =2dx; ddican: x=0=>r=2;x=2=1¢=4.Nén K=%jf(t)dt=1009

0
2
Tinh H = [ f(4-2x)dx,
0

4

Dit t=4-2x=dt=-2dx;dbicin: x=0=>r=4;x=2=1¢=0.Nén H:%If(t)dt:1009
Suyra I =K+ H =2018.

2
Cho y= f(x) la ham s6 chén, lién tuc trén [-6;6]. Biét rang Jf(x)dx:8; 'ff(—Zx)dx:S.

-1 1
6
Gid tri cia 1 = [ f (x)dx 1a
-1

A =5, B./=2. C.1=14. D. /=11.
Loi giai

3
Ta cod yzf(x) 12 ham s6 chén, suy ra f(—2x)=f(2x).Khi do: If(—Zx)dx:jf(Zx)dx:S.
1
3
Xét tich phan: 1, :'ff(Zx)dx.
1
Détt=2x:>dt=2dx<:>%dt=dx.D6icén: x=1=t=2; x=3=1t=6.
6
1

= 1, ='[f(t).§dz=%'6[f(t)dz=3:Jf(z)dt=6 = [ f(x)dx=6.

Vay Izjf(x)dxzif(x)dx+jf(x)dx=8+6:14.
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Ciu8. (THPT Poan Thwong - Hai Dwong -2019) Cho ham sé f (x) lién tuc trén R va

[ £(x)dx=2018, tinh 7 = [xf (x*)dx.

0 0

A. 1=1008. B. 1=2019. C. 1=2017. D. 7=1009.
Loi giai

Xét [ =Txf(x2)dx.

bit t =x’ :>dt=2xdx:>xdx=%dt.

Poican: x=0=>t=0x=r=1t=71".

”2

o 17 1
Khi do 1=§£f(t)dt=5jf(x)dx=1009.

0

: Lf(Va) o
Ciau9. (Chuyen Phan Bdi Chau Nghé An 2019) Cho If(x)dx=2.Khi do j%dx bang
1 1 X
Al B. 4. C.2. D.S.
Loi giai
bat \/;=t2ﬁdx=dt2%dx=2dt.Khi x=1thit=1;, x=4thit=2.
4 \/; 2 2
Suy ra J.udxzj.f(t).Zdt:ﬂf(t)dt:ZQ —4.
1 \/; 1 1
o P15
ay =4.
L Jx

Cau 10. (Sé Ha Ngi 2019) Cho j f(x* +1)xdx =2 . Khi d6 zzi f(x)dx bang
A 2. Bl.l. C. 4. 2 D. 1.
Loi giai
Détx2+1=t:>2xdx=dt:>xdx=%.
Poican x=1=1=2;x=2=1¢=5.

2 5 5 5
Suy ra: 2:If(x2+l)dx:%_[f(t)dt :jf(t)dz=4:1=jf(x)dx=4.
1 2 2 2
3
Caull. Cho f,g la hai ham s6 lién tuc trén [1;3] thoa man diéu kién [[ £ (x)+3g(x)Jdx=10 déng thoi
1

j.[Zf(x)—g(x)]dXZO Tinh jf(4—xﬁx+2jg(2x—l)dx

A. 9. B. 6. C.7. D. 8.
Loi giai
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3

Ta co: I[f(x)+3g(x)]dx=10 = jf(x)dx+3jg(x)dx=10.

1

j[zf (x)-g(x) Jdx=6 < 2j f(x)dx—j[ g (x)dx=6.

bat u =jf(x)dx; V=J?g(x)dx.

+3v=10 =4
Ta dugc hé phuong trinh: v = ! =
2u-—v==6 v

— e ) — C—

3
+ Tinh [ f(4-x)dx

1
batt=4-x=dt=-dx;x=1=t=3;x=3=1¢=1.

jf(4 x) ff —dt Zf t)dt = If dx=4.

+ Tinh jg(zx—l)dx
1
bat z=2x-1=>dz=2dx;x=1=z=Lx=2=z=3.

jg(Zx—l)dx:%jg(z)d2=%jg(x)dx:1.
Vay if(4—x)dx+2jg(2x—1)dx=6.

1 2 7
Cho ham s6 f(x) lién tuc trén R thoa [ £ (x)dr=2 va [ f(3x+1)dr=6. Tinh I = [ f(x)dx
0 0 0

A. I1=16. B. [=18. C.1=8. D. 7=20.
Loi gidi

1
A=[f(x)dx=2, B= jf 3x+1)dv=6 dit £=3x+1=> dr =3dx.
0

. x=0=r=1
Doi cén :
<x=2:>t=7
17 7 7
Ta cb: B=§jf(z)dt=6:jf(t)dt=18:jf(x)dx=18.
1 1 1
1 7

Vay 1=j.f(x)dx=Jf(x)dx+Jf(x)dx=20.

0 1
(THPT Quynh Luu 3 Nghé An 2019) Cho f(x) lién tuc trén R théa man f(x)=f(10—x)va
7 7
[f(x)dx=4.Tinh 7= [xf (x)dx
3 3

A. 80. B. 60. C. 40.
Loi gidi

20.

=

Pit t=10—x. Khi do df = —dx.
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Cau 14.

Cau 15.

Cau 16.
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Ddican: x=3=>1=7.
x=T7=1t=3.

Khi do Iz—j.(lo—t)f(IO—t)d
=|(10- x)f(x)dx=10_7[f(x)dx—

3

7

w'-—,\)
0 Sy W'—.\l

3

;
Suy ra 27 =10[ f (x)dx =10.4=40. Do d6 1 =20.
3

1
(THPT Quang Trung Doéng Pa Ha Noi 2019) Cho J-f(x)dx=
0

A. 1=5. B. /=9. C.1=3.
Loi giai
bit f =sin3x = dr =3cos3x.dx
x=0=1t=0
Ddi can: T

x=—=t=1
6

1= 9=3

o'—.om

£ (sin3x)cos3xdx = ;lf(t)dt:%

4
(Chuyén Quéc Hoc Hué -2019) Cho tich phan 1=If(x)dx=32.
0

2
phan.J = [  (2x)dx
0
A J=32 B. J =64 C.J=8
Loi giai
dt
bat t—2x:>dt—2dx:>?—dx

Déicén: x=0=t=0x=2=>1¢t=4.

J:jf(Zx j%f dt_—jf dt—51—16

xf (x)dx =10If(x)dx—[.

(10— t)f(lO—t)dt:j(IO—x)f(IO—x)dx

D. I=2.

Tinh

tich

9
(Viét Dirc Ha N§i 2019) Biét f(x) 1a ham lién tuc trén R va .[f(x)dx =9. Khi d6 gia trj cia

4

[£(3x=3)dx 1a

1
A 0. B. 24 . C. 27.
Loi gidi
4
Xét 1= f(3x-3)dx.
1

bat t=3x-3=d¢f=3dx.

0

o



boi can: {

x=4=1t=9
x=1l=t=

. Vay [ =if(t)%dt =—[f(x)dx=

TAI LIEU ON THI THPTQG 2021
17 1
-.9=3.
3

0

1
Ciau17. (Pé Thi Cong Biang KHTN 2019) Cho ham s6 f(x) thoa min j f(2x)dx =2 .Tich phéan
0

j f(x)dx bang

A. 8.

B. 1. C.2.
Loi gidi

IS
N

dt

bat r=2x = dt=2dx = dx=?,

x=0=¢=0
x=1=t=2

Tacé 2= j F(2x)dx j St _ j (o)t = j F(t)di =4

Theo tinh chat tich phan j F(X)dx = j F(O)dt =
0 0

Vay | £ (s =4

2017

1
Cau18. Choham f(x) théaman [ f(x)dr=1.Tinh tichphan 7= [ f(2017x)dx.
0 0

A=
- 2017

bat 1t =2017x = dr =2017dx 2dx=Ldt

Béican:x=0:>t=o

2017

vay I= [ f(1).

2017

B. /=0. C. 1=2017. D. I=1.
Loi giai
2017
; x=1=1=2017
2017
“2017 I /(e T 2017

2 1
Cau 19. Cho tich phan [ f(x)dx = a. Hay tinh tich phan / = [xf(x” +1)dx theo a.
1 0

A.I=4a.

Pat r=x’+1=dr=

Poi can

1 zjl'xf(x2 +1)dx=

2xdx .

B./=2. ci=2 D. I=2a.
4 2
Loi giai
X 0 1
t 1 2
g:lj.f(t)dt:ljf(x)dng
2 2 2 2
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Cau 20. (Thpt Hoang Hoa Thim Hung Yén 2019) Cho ham so f(x) lién tuc trén R va thoa man

% & 2
jtanxf cosx dx 2 Va_[ dx=2.Tinhjf(2x)dx.
x
o :
A. 0. B. 1. C. 4. D. 8
Loi giai
5 1%f cos’x)
* 1= E[tanxf(cos x)dx 5! E:oszx)81n2de
bit cos’x =¢ = sin 2xdx = —d¢.
Po6i can
X ‘ 0 z
4
z I .
2
1
2 1
Khi do Ilz—ljmdz :J.Mdt:4
24 ¢ !
2
&2 1 2 &2 12
A () 2
° xlnx 29 In"x X
Pat lnzx—t:>21nxdx=d
X
Ddi can
X | € e2
t 1
4 4
Khi d6 I —ljwdt :»jf(’) t=4
29t Lt
2
* Tinh 1=jf(2x)dx.f)at dx=t=dx=di.
X 2
p
Déi can
1 2
4
L 4
2
4
AON +If(t)dt:4+4:8.
t !t

4
Khi d6 Izjfgt)dt:
1

.\,\_t_,_

2

Cau2l. (THPT Lwong Thé Vinh Ha Ngi 2019) Cho ham s6 y= f( ) {

1=2 f(s1nx)cosxdx+3jf (3—2x)dx.

Trang 8 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/
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Cau 22.

Cau 23.

TAI LIEU ON THI THPTQG 2021

A 1= B. /=31, C.1=32. p. =32,
6 3
Loi giai

2
Xét tich phéan [, = I smx cos xdx .Dat ¢ =sin x = df = cos xdx

Do6i can
X 0 z
2
t 0 1
1 1 1 x’ 1 9
Tacd 1 :If(t)dtzjf(x)dxzj(s—x)dx:[5x__j _9
0 0 0 2 . 2
1
Xét tich phan 7, = [ f(3-2x)dv Djt t=3—2x:>dt=—2dx:>dx=_7dt
0
Po6i can
x 0 1
t 3 1
Ta co
1 h 1 o, ; C1( 10} 22
1 '([f(3 2x)dx !f(t)dtZE!f(x)dx:_l(x +3)dx:—(—+3x]1:—(18—?j:?

3
Vay I = 2j sin x cosxdx+3jf3 2x)dx=9+22=31.
0

2
(THPT Yén Khanh - Ninh Binh- 2019) Cho /=[f(x)dr=2. Gia ti cia
1

28 (\/3 cosx+1) .
j dx bang
0 J3cosx+1
A. 2 B. —i. C. i D. -2
3 3
Loi giai

V4
2 ) : =
bit u=\/3cosx+1:u2=3cosx+1:—§udu=smxdx. Doi can x 2

) %sinxf v3cosx+1 L _Duf X 2 4
Do d6 J(; \/:SCOSX+1 )dx=£ L;u(u)du=§!f(u)du=§!f(X)dX=§.

4
(Chuyén Lé Hong Phong Nam Pinh 2019) Biét J.f(x)dx:5 va J.f(x)dx:20. Tinh
1 4
In2

_z[f(4x—3)dx— I f(ezx)ez’“dx.
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15 5

A I=—. B. [=15. C.I= D. =25,
4 2
Loi gii
Chon A
Dt ¢t = 4x—3 = dt = 4dx thi

jf (4x-3)d. =—If dt_ZGf(t)dejf(t)dtJ:%(5+20):£.

Dit u = e = du =2e**dx thi
In2

jf ) “dx_—jf du=§.

Vay ]—g—ézl—s.
4 2 4

Ciu24. (Chuyén Thai Binh 2019) Cho f(x)la ham s6 lién tuc trén Rthoa man

2
f(x)+ f(2-x)=x.e", VxeR.Tinh tich phan J = [ fx)dx.
0

4
5.1:64_1. B.I:zez_l. C.l=¢-2. D. [=¢'—1.
Léi giai

bat x=2—-t=dx=—dt.

0 2 2
= 1= f(2-1)(~dt)=[ f (2-1)(dr)=] £ (2~

2 0 0

[ [ 17 . 1 oy, et -1
:>2[=}[[f(x)+f(2—x)]dx=£xe dxzz-([e"d(xz)z—e” o= 5

4_
Vay ¢ 1

Ciu 25. (Chuyén Vinh Phic Nim 2019) Cho ham s f(x) lién tyuc trén R théa man f(2x) = 3f(x) ,
1 2
Vx e R. Biét rang jf(x)dle. Tinh tich phan / =If(x)dx
0 1

A. I=5 B.1=6 C.1=3 D. /=2
Loi giai.

Ta c6: 3=3.1=3._(i;f(x)dx=j;3f(x)dx=If(2x)dx=%i.f(2x)d(2x),Vxe]R.

Pat 2x=t=d(2x)=dt,v6i x=0=1=0; x=1=1=2.

<:>3:%if(2x)d(2x):%jf(t)dt:%Ef(x)dx,VxeR (doham s £ (x) lién tyc trén R).

o [f(x)dr=6,YxeR < [ f(x)de+[f(x)dx=6,vxeR,

0 0 1
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Cau 26.

TAI LIEU ON THI THPTQG 2021
2
<:>1+jf(x)dx:6,VxeR.
1

2
@jf(x)dx=5,Vxe]R.
1
’ 3 < £(n
Cho ham s0 f(x) lién tuc trén R va thoa man Itanx.f(cos2 x)dx:Z va J‘f( n x)
0

xIlnx

2
Tinh Jde
X
2
A. 0. B. 1. C. 4. D. 8.
Loi giai

sin x.cos X

Ta co cos x)dx 2.

T
2
tanxf(cos X dx 2 & I
cos’ x
0

O 0|y

. . 1 .
Dit ¢ = cos” x = df =—2sin xcos xdx = _Edt = sin x cos xdx .

2. A R T 1
Poican: x=0=¢r=0 va x=Z:>t=—.

3 0
@!Slrlz:(;sx cos x)dx 2 '[724.
2
& 2 & 2
Tacéjf(ln x)dx=2<:> wdle
> xIlnx > xIn"x

)y i
!

62
Tuong ty trén ta co J.
° xInx

2
*Tinthdx.
X

4

bat t=2x:>dx=%dt.

Po6i can: x=%:>t=% vaix=2 =>t=4.
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Cau27. (Chuyén KHTN 2019) Cho ham s0 f(x) lién tuc trén R thda man

3 8 V2 2

itan x.f (cos® x)dx = j@dx ~ 6. Tinh tich phan [ £ gy

0 X % X

A4 B.6 C.7 D. 10
Loi gidi

+) Dit 1 =Yx = =x = 3dt = dx

Dicn x=1=r=1va x=8=7=2.

Khi d6 J.L\/;)dxzj.&i%tzdt=3J.&dt=6:>j&dt=2
X A 't |t

. . 1
+) Dit ¢ = cos® x = dt = -2 cos xsin xdx = dt = -2 cos” x tan xdx => tan xdx = ——dt

2t
Béicén:x=0:>t=1véx=£:>t=l.
3 4
z 1
; 1t f(t AL
Khi d6 jtanx.f(cos2 x)dx:——jmdt:6z>jmdt:12
0 2lt lt
3
+)Déttzxz:>dt=2xdx:>dt=2x2@:>@=l£
X x 2t

Péi can: x:%:tzivéx=ﬁ3t=2 Khi do

V2 2 2 1 2
[EAARFNEEY RACYIREY FACKTNEN BAC Y/ RE S
1 x 24 ¢ T2l Tl 2

1
4 4
Ciu28. (Chuyén Lé Quy Pén - Pa Ning - 2018) Cho ham sé f (x) lién tuc trén R thoa
2018 /620]871

! /(x)dx=2.Khi d6 tich phan ! x2x+1f(1n x* +1))dx bang
A. 4. B. 1. C.2. D. 3.
Loi giai
- \/ezm_}t] X 2
bat 1= ! x2+1f(ln(x +1))dx.
Pt t=In(x" +1) :dt:xzzildx.

Pdican: x=0 =t=0; x=ve** -1 =¢=2018.

2018 2018

Vay I= [ f()de = [ f(x)dx=2.
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Cau 29.

Cau 30.

TAI LIEU ON THI THPTQG 2021

%
(Chuyén Vinh Phiic - 2018) Cho ham s6 f(x) lién tuc trén R théa man j f(tanx)dx=3 va
0

X
LI=2. B.=6. C.1=3. D.[=4.
Loi gidi

COoS X
Vay K:jf(t).tzlﬂdt:jf(x).x21+1dx=3.
o lx2f(x)dx_1 1 _l dx 1 1 dx
Loics [“ L as= ] 1) () fas= [ £ (0)as-[ p r (0)a

1
Vay suy ra 1=If(x)dx=4.
0

(SGD Thanh Héa - 2018) Cho ham s6 f (x) lién tyc trén R va thoa man
% 16f X 1
jcotx.f(sinz x)dx: J‘udle.Tinh tich phan If(4x)dx.
n 1 X 1 X
4 8
A.I=3 B.I:E. C.1=2. Q.I:é
2 2
Loi giai
% l6f \/;
it 1, = [cotx.f (sin’ x)dx=1, I, = de:l.
4 1 X
1
1 Pit t =sin’ x = dt = 2sin x.cos xdx = 2sin” x.cot xdx = 2.cot xdx.
‘ T T
> = =z
4 2
t l 1
2
z 1 1
{ : 1 1 10 /(¢ 14 f(4x) 14 f(4x)
_ 2 _ _ _ _
Il—;[cotx.f(sm x)dx—_!'f(t).z—tdt _E!sz _5! . d(4x) _5! —dx
4 2 2 B 8
1
4
Suy ra Jf(4x)dx:211 =2
X
8
0Pt r=+x = 2d =dx
x |1 | 16
t | 1 | 4
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[ 0y a0y o 1)y o 8y

1

1

1 (4x) 1 1
S I =2 ==
uyra.lf . Sh=3

4

Khi do, ta co:

Bl
-

Ciau3l. (SGD - Nam Pinh - 2018) Cho ham sb f(x) lién tyc trén doan [1;4] va thoa maén

f(2\/;—1) Inx I
= . Tinh tich phan 7 = dx
f(x) T + - Tinh tich phan _!f(x)
A. 1=3+2In"2. B. /=2In"2. C.I=In*2. D. /=2In2.
Loi giai
¢ ¢ f(z\/; ) ( ) 41nx
Taco | f(x)dx = =
e =)= } SR e
3 f(24x -1
XétK:jf( )dx.
1 X
Pit 2/x -1=¢ :Jﬁ%:%:dr

4 4 2
Xét M = J~lnx :J.Inxd(lnx)zlnTx =2In%2.
x

1 1

Do d6 jf(x)dx:jf(x)deernZZ :j.f(x)dx=2ln22.

Tu (1):>1—_f1 w%921=2018.98®1=197764'
7 7 3 7 7.3 33

Cau32. (Nam Dinh - 2018) Cho ham s6 y=f(x) lién tuc trén [5;4] va théa man

_f@Jx-1) Inx
f@) ==

A. [=3+2In"2. B. /=2In"2. C.I=In’2. D. /=2In2.

4
. Tinh tich phan I = j f(x)dx.
3

Loi giai

1

Ta co: If(X)d J-(f(z\/\/: D, J If(zf D, J.h;xd =A+B.

Trang 14 Fanpage Nguyén Bio Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021
|4

Xét B = jln—xdx Ilnxd(lnx)z(lnx) _(Ind) (1) ooy
1 2 L 2
XétA:jde
X
it £ = 2x -1 = dt = ——dx. Khi do Azjmdxzj.f(t)dtzj.f(x)dx
' Jx L x 1 1

4 3 4 3
Vay J.f(x)dx:(J.f(x)dx]+21n2szf(x)dx—jf(x)dx:ﬂnz2:>1:21n22.
1 1 1 1
Cau33. (Chuyén Hung Vwong - Gia Lai - 2020) Cho ham sb f(x)lién tuc va 1a ham s6 1& trén

0
doan[-2;2]. Biét ring j f(x)dx=—-1,| f(-2x)dx =2 .Ménh dé nao sau day dung?

m~'—.~

2

A. J.f(x)dx=2.2[f(x)dx. B. jf(x)dx:—4.

C.jf(x)dxz—l. D. J%f(x)dxz—?).

Loi gii
Chon D

Dt = —x = Tf(x)dx:—jf(—t)dt: —f(¢)de (vi f(x)1aham 1¢)

© —

o —

—1%
37!f(t)dtzZ:>J.f(t)dt:—4.
2 1 2
Vay [ f(x)dx =] f(x)dr+ ] f(x)dx=1-4=-3.
0 0 1
1
Cau34. (Chuyén Sen La - 2020) Cho f(x) 1a ham s0 lién tuc trén R thoa f(1)=1 va J.f(t)dt =
0
Tinh
3
I= Istxf (sinx)
0
L= 4

g. . 3 . = 3 . 3 .
Loi giai

1>

Chon A
bat ¢t =sinx, dt =cosxdx.
Po6i can
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x| 0

— h.Jlﬁ

(=]

t

1=

o'—.wm

sin 2. /' (sinx)dx =12t.f'(t)dt

u=2" du =2dt
bat =
' {dv=f'(t)dt {v=f(t)
1=(2t.1 (1)) —2jf )dr=2.1(1)-2 214
33
Cau35. (Chuyén Vinh Phic - 2020) Cho ham s6 f(x) lién tuc tén R va
P s
dx=4, | f(sinx)cosxdx=2. Tinh tichphan / = | f(x)dx
= e=a [ r(sinx) [
A. 1=6. B.I=4. C.1=10. D./=2.
Loi giai
Chon B
), 3

Tacc’)::f NE de=2 [ f(Vx)d(Vx)=2 [ f(t)dr.

Ma]f )dx 4 nén 2ff @ff(t)dt:2

Vi tich phan khong phu thudc vao bién s6 nén ff(t)dt =2& ff(x)dx =2.

1 1

1

Ta c6: jf(sinx)cosxdx: ]‘f(sinx)d(sinx):ff(t)dt.

0

Ma [ f(sinx)cosxdx=2 nén ff =2.

o%m\:{

1 1
Vi tich phan khong phu thudc vao bién sé nén ff(t)dt =2& ff(x)dx =2.

0 0

1 3

Khi d6 1:]f(x)dx:ff(x)dx+ff(x)dx=2+2:4.

0 1

Cau36. (S& Hung Yén - 2020) Cho f(x)lién tyc trén R thoéa man f(x)=/(2020-x) va
2017 2017

I / (x)dx = 4.Khi do I xf (x )dx bang

3
A. 16160. B. 4040. C. 2020. D. 8080.
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Loi giai
Chon B
bat u=2020—-x=x=2020—u.Tacd dx=—du.
Voi x=3 thi u=2017.
Véi x=2017 thi u=3.
2017 2017 2017
Khids [ xf (x)dx= [ (2020—u)f(2020—u)du = [ (2020—x) f (x)dx
3 3 3
2017 2017 2017
Suyra 2 [ xf (x)dx= [ 2020f (x)dx=8080. Dodd [ xf (x)dx =4040.
3 3

3

Cau37. (S¢ Phii Tho - 2020) Cho ham s6 f(x) c6 dao ham va xéc dinh trén R. Biét f(1)=2 va

[ 21 () j””’f (2 J})dx=4.Giétricﬁajolf(x)dxbéng

f
A. 1. B.é. C.i. Q.l.
7 7 7
Loi giai
Chon D
Ta co

4=I;x2f'(x)dx=(x2f(x))‘lo—I;2xf(x)dx=2—2j(:xf(x)dx :>L1xf(x)dx=—l

Dit z=2—\/¥:>dt=—de

2x
Khi do
fl;”/l/i( \/E)dx:4<:>_L°(1+3(2—t))f(t)dt:4c>_[(j7f(t)dt—3j;y’(t)dt=
Suy ra I 1t 4+3I;f dt 4+37.(—1):%'

n 1
Vay | f(x)dx=
Cau38. (S& Yén Bai - 2020) Cho ham s6 y=f(x)lien tuc trén R va thoa min
3 ¢ :
4xf(x2)+6f(2x)=§x3+4.Giétri j £(x)dx bing
0

A. 2 B. 52. C. ﬁ D. 48.
- 25 25

Loi giai
Chon A
4xf () + 6 f(2x) = §x3 +4= j [4xf(x2) +6£(2x) |dx = | Ff + 4}dx
=) j F(AHAED) +3 j F(2x)d(2x) === L) j F(Hdt+3 j F)du="=
:»2jf(x)dx+3jf(x)dx_—:>5jf( )dx_—:»jf( )dx——
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Cau39. (P6 Lwong 4 - Nghé¢ An - 2020) Cho f(x)lién tuc trén Rva théa man

1 2
£(2)=16,] f(2x)dx =2. Tich phan [xf'(x)bx bing
0 0
A. 30. B. 28. C. 36. D. 16.
Loi giai
Chon B
1 2

Ta co: If(zx)dx:2<:>%jf(Zx)d(2x)z2<:>J.f(x)dx:4.

0 0

D't{u:x {duzdx
) -
v=f(x)

2 2

= [xf"(x)x = xf (x), - [ £ (x)dx =2/ (2) -4 =32-4=128.

0 0

Cau40. (Kim Lién - Ha Ngi - 2020) Cho ham s6 f/(x) lién tuc trén doan [0;1] va | f(sinx)dx=5.

S =N

Tinh [ = J.xf(sinx)d.x
0

A I=—r. B. I =10r. C.1=5. D. I=5x.
Loi giai
Chon D

Tacodl = Txf(sinx)dx = j‘xf(sinx)derTxf(sinx)dx,

z
2

Tinh fxf(sinx)dx
2

Dit x=7-t

dx =—dt

xf (sinx)dx = (ﬂ—t)f[sin(ﬁ—t)](—dt) =(r—x) f(sinz)dt
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T T

N

ijf(sinx)dx = i(t—ﬂ)f(sint)dt = ﬂzf(sint)dt—_‘%tf(sint)dt =7rzf(sinx)dx—_(‘)%xf(sinx)dx

0

f(sinx)dx =57

o
o
o
O~
~
Il
O ey N
=
\
—_
=2.
=
=
Il
O 0 [N
=
<
—_
2.
=
=
+
—
=
<
—_
<8
=]
=
Il
B
Shaan IR

z
2

Viay chon D.
Cau4l. (THPT Hoang Hoa Tham - Hung Yén 2019) Cho ham s f(x) lién tuc trén R, thoa man

- s 2
J.ftanx.f(cos2 x)dx:2 va r de=2. Tinh J.,Qde.
¢ xlnx 7 X
A. 0. B. 1. C. 4. D. 8
Loi giai
Chen D
e Dit t=cos’ x suyra df =-2sinx.cosxdx.
Suy
ra

i sinx .f(cos2 x)dx =—%J‘2M.f(cos2 x)dx =%E@df

T
I, =I4tanx.f(cos2 x)dxz .
0 0 cosx 0 Ccos” x

1
bit =In’x suyra dr=22%dx.

X
e f(In?x 1 ¢ 2Inx.f(In® x 1
Suyra 7, =L —)(clnx )dx=5_|.e —xhlgx )dxzaf—fft)dt.

e Dat r=2x suyra df=2dx.
Ta co

1=jf@dx=jf%d(zx)=j§@d(z) L S gy 41,)=2(2+2)=8.

Il
=
‘\
—~
~
SN~—"
o
~
+
—

Cau42. (Hung Vwong Gia Lai 2019) Cho ham s6 y=f(x) lién tuc trén {%;3} thoa

1 ¢ .
man f(x)+x.f (—) = x’ —x. Gia tr tich phan / :'[ C(x) dx bang:

X X+ X

3
A S B. 10 c.z D.>
9 9 3 4
Loi giai

Chon A

1 1
f(j 3 f(j 3
f(x)+x.f(éj=x3—x:>xj;(—jl+x—+xl=x—l:>J.x];(fldx+j x+x1 dxzj(x—l)dx=%_

3 3
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1
f(j
Xét ['= Y .

x+1

0 | = ey

Pit L=/ ldx At = de=90
X x —t

1 1
]._jf[x)dx_jﬂr)% if(t)dt_ff(x)dx .

x+1 31+1— t X +x
¢ 3 3
Suy ra 21=E:>1:§.
9 9

Dang 1.2 Giii bang phwong phap tirng

u=g(x)

b
Thong thudong néu bai toan xuat hién Ig(x)f'(x)dx ta s& dat {dv ()

a

1
Ciu 43. (D& tham khio 2017) Cho ham s f'(x) théa man j(x+1)f’(x)dx=1o va 2f(1)-f(0)=2.

0

Tinh j.f(x)dx

A T=-12 B. /=8 C. =1 D. /=-8
Loi giai
Chon D
b u=x+1 du =dx RS 46 1 | . @
at = . 0 [ =(x+ -
R P AR e R

Vay j.f(x)dx=—8.

Chudd. (Ma 104 - 2019) Cho ham s6 f(x) co dao ham lién tuc trén R. Biét f(3)=1

1
Véj)Cf(?)X)dX—l khi do6 Ix f dx bang

0 0
A.?. B. 3. C.7. D. 9.
Loi gii
Chon D

bat t=3x:>dt=3dx:>dx=%dt.
1 13 3

Suy ra lzjxf(3x)dx:§jtf(t)dt@Itf(t)dt:
0 0 0
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B du = f'(¢)dt
Dat {”_f(t) 2
dv = td¢ y=—
2
3 2 3 3,2 9 13
= [of ()t =—1(¢) —.[Ef'(t)dt =Ef(3)—5jt2f (1)dt
0 0o 0 0

9 13,
9=———|1¢ dt<:> t dt——9
: 2£ 1 j 1

3
Vay Ixzf'(x)dx=—9.
0

(Ma 101 - 2019) Cho ham sé f(x) c6 dao ham lién tuc trén R. Biét f(4)=1 va

I;xf(4x)dx =1, khi do Io4x2f'(x)dx bang

A. 8. B. 14. C. ﬂ D. —16.

Loi giai
Chon D
1
Xét '[ xf 4x dx =1. Pat:

1

t_4x:>j—tf ) t_1:>jzf dz_16:>jxf )dx =16.

Xét [ =I04x2f'(x)dx:_[:x2df(x)

Suyra: [ =x>.f(x \ j2xf (x)dx =42 f(4)-2.16 =—16.
(Ma 103 - 2019) Cho ham s6 f(x) c6 dao ham lién tuc trén R. Biét f(6)=1 va
1 6
[xf (6x)dx=1,khi do [x°f(x)dx bing
0

0

107

A. 3 B. 34. C. 24. D. -36.
Loi giai
Chon D
1
Theo bai ra: Ixf(éx)dle
0
bat t =6x = df =6dx.
Ddi can:
x 0
i 0 6
o o1 dr
Do do: _O[xf(6x)dx=1<:>.£gt.f( )z—1<:>—.|.tf t)dt = 1<:>Itf t)dt =36.
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6
Tinh [ = [ %" f'(x)dx
0

=N
=N

6

O—jzxf(x)dx :36f(6)—2jxf(x)dx =36.1-2.36 = -36.

0 0

=7=x (x)

Cau47. (Ma 102 - 2019) Cho ham sé f(x)c6 dao ham lién tuc trén R. Biét f(5)=1 va
1 5

f xf (5x)dx =1, khi d6 f X f'(x)dx bing

0 0
A 15 B. 23 C. % D. —25
Loi giai
Chon

5 5

D
f dx —fxzdf xz.f(x)‘z —ff(x)a’x2

0 0

=25 f ]f 2xdx

:25—2fxf(x)dx

+) Ta co: fxf(Sx)dx =1

0
5 5
t t
PatSx=t = | - ft)d—=1 & | tf (t)dt =25
it Sx [5f<> s [f()

Vay [ =25-2x25=-25.
Ciu48. (Chuyén PH Vinh - Ngh¢ An -2020) Cho /(x) 1a ham s6 c6 dao ham lién tuc trén [0;1] va

1 1
f(l)z_i, x.f’(x)dx:%.Giétricﬁa jf(x)dx bang
0

18

A - B. . c. L. D. -1

12 36 12 36

Loi gii

Chon A

U=x du =dx )
bat = , khi d6 taco

{dv=f’(x)dx {v=f(x)
c L i 1 11
.([x.f (x)dx=x.f(x)|0—!f(x)dx=f(1)—£f(x)dx=£:{f( x)de=f(1)-o=-7

2x-1 ,,

Ciu49. (S¢ Phu The - 2020) Cho ham s6 f'(x) ¢6 f(1)=€’ va f'(x)=""—5—¢*" véimoi x khéc 0.
x

In3

Khido [ xf(x)dx bing
1
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6—¢’ 9-¢’
> C.9-¢". D. 5

Loi giai

A. 6—¢>. B.

Chon D

2xdx

Xét tich phan .[f f2x !

u=(2x-1)e* du = 4xe*dx

bat 1 = 1 , khi do
dv:—zdx y=——

X X

2x—1 1 1
! dx: 2xdx:__ 2 _1 2x 4 2xdx:__ 2 _1 2x 2 2x C
If (x) I = e x( X )e + Ie x( X )e +2e™" +

Do f(l)ze2 = C=0.Vay f(x)=—1(2x—1)ezx +2e*.
X

n n N NLE
Khi do, ta co Ijl}xf(x)dx:If[(l_zx)ezx+2xe2x}dx=1fe2xdx=e; 25(9_62).

1 1 1

Cau50. (HSG Bic Ninh 2019) Cho ham s6 y= f(x) c6 dao ham lién tuc trén R va théoa min
2 1
f(2)=16,] f(x)dx=4. Tinh I = [xf'(2x)dx.
0 0

A. =20 B. /=7 C.I1=12 D. =13
Loi giai
1

Taco: [ = Ixf (2x)dx——xf 2x

j%f 2x)dx = f(z)——jf (2x)d(2x)

0

1
_Ef(2)—2£f(x)dx—§.l6—z.4 =7.

Cau51. (THCS - THPT Nguyén Khuyén 2019) Cho ham s6 f/(x) c6 dao ham lién tuc trén [0;1] thoa

mén jolxzf(x)dxz—— fm=ova 1] dxzé.Giétri cta [ f(x)dx bing
A B.-L c.t p.-L.
12 5 5 10
Loi gii

_ du= f"'(x)dx
Dét{u_f(x): (x) |

dv = x’dx ——
3
=l = L=l e = W[ ()i =
:>I;x3f'(x)dx=%.
'I;(xs_f'(x))z dx=j;xédx—Zj;x3f'(x)dx+E[f'(x)]z dx:%_2%+%20
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= (f'(x)—;f)2 =0,Vxe[0;1]= f'(x)=x", vx €[0;1].

Két hop dicu kién £ (1)=0 taco f(x)z%(x“—l);Vxe[O;l]
Vay J.Olf(x)dxzj. x —1 =—J. x* —1

Ciu 52. (Chuyén Lé Quy Pon Quang Tri -2019) Cho ham s f(x) c6 dao ham lién tuc trén R va thoéa

man
J.f = cot1. Tinh tich phan [ = J.[f Jtan® x + /7 (x) tanx]dx.
A. -1. B. 1-In(cosl). C.0. D. 1—cotl.

Loi giai

Ta c6 j[ x)tan® x+ f'(x )tanx]dx=jf( )tan® xdx+jf ) tan xdx .

0

Lai co:
1 ) _1 1 _lf(x) _1 _lf(x) )
_([f(x)tan xdx-}[f(x)[cos2x 1jdx_!coszxdx }[f(x)dx-!coszxdx 1.
jf’(x)tanxdx:jtanxd(f(x)):f(x).tanx 1 —jf(x)d(tanx)
f(x f(x)
f tanl Jcosx =cotl.tan]l— Jcosx = !
Vay I =0.

Ciu 53. (THPT Ngé Si Lién Bic Giang 2019) Cho ham s f (x) c6 dao ham lién tyc trén doan [0;1]
1 1
théa man f(1)=0, J.xzf(x)dxzé Tinh Ix3f'(x)dx
0 0
A -1 B.1 C.3 D. 3
Loi gidi
Chon A
{u = f(x)=>du= f'(x)dx

3
dv=x'dx=>v="

X | & ()
1= 1 ()| - j S/ W= f()=0.£(0)- j AR

%:%ljﬁf'(x)dx = j.xsf'(x)dx =-1

0
o 3 . ‘
Cau 54. Biét m 1a so thuc théa man I x(cosx+2m)dx=27" +5—1 . Ménh dé nao duéi day ding?
0
A. m<0. B. 0<m<3. C.3<m<e6. D. m>6.

Loi giai
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T
71’!72'2

xcos xdx +

Ta co:

o'—.mm

3
x(cosx+2m)dx= jx cos xdx + j2mxdx
0

O 0 |y

7 u=2x du = dx
Goi [ :j; xcos xdx . Dit =

dv = cos xdx yv=sinx’

SR

a

v
. 5 . T - /4
I:XSlnX|g _fSIHXdX:_+COSX|0:——1.
) 2 2

mr® 7w
2

Khi d6: | x(cosx+2m)dx=

O C— 0 | N

Suy ra %=2©m=8.
Cau55. (P& Tham Khio 2018) Cho ham sé y=/(x) c6 dao ham lién tuc trén [0;1] théa man
1 1 1
F()=0, [[f)]de=7 va [x f(x)dxz%. Tinh tich phn [ /(x)dx
0 0 0

A. 4 B. % C.1 D.

E NN

Loi gidi
Chon B
3

Cich 1: Pt uzf(x):du:f’(x)dx, dv:xzdx:w%.

3

j%f’ x)dx:>jxf (x)dx=-1

Ta co lz—
3

0

Ta co j49x6dx =17, [ [/'(0)]de=7, [ 275 f (x)dx =14 = j[7x3 + f’(x)]zdx =0

:7x3+f'(x)=03f(x)=—%+C ma f(1)=0=C=

:»jf(x)dx j(—— %jdx—z

Ciach 2: Nhic lai bat dang thirc Holder tich phan nhu sau:

[reea] <freafe w

Déu bang xay rakhi f(x)= k.g(x),(Vx ela;b).k e R)

IS

3
X

1.3 2 1 6 1

Ta co é:u%f'(x)dxj S!%dx._![f’(x)]zdx:é . D4u bang xay ra khi f’(x)zk.?.
13 4

Miit khac I%f’(x)dxz_?lzkzﬂbf'(x)=—7x3 suy ra f(x)z—%+%.
0
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Cau 56. (THPT DPoan Thwong - Hai Dwong -2019) Cho ham s6 yv=f (x) ¢6 dao ham lién tuc trén doan

[0;1] va £ (0)+ f(1)=0. Biét If dx_— .[f )eos ( )dx:%.Tinh if(x)dx

A. . B. 3_ﬂ g 5 D. L
2 T V4
Loi gidi
P s
Xét tich phan [ = J.f )cos (7rx)dx =7

it {u = cos (mx) N {du = —msin (mx) dx
S ldv=f'(x)dx  |v=r(x)

1 1
Mait khac: J.sin2 (mx)dx = %.([[1 - cos(2nx):|dx = %[x —2Lsin (2nx)}

0 T

= j[f2 (x)=2.f (x)sin (mx)+sin’ (nx) |dx =%—2%+

0

Lo,
2

Khi do j;[f(x)—sin(nx)]z dx=0

Vi f(x) c6 dao ham lién tuc trén doan [0;1] va [f()c)—sin(wc)]2 >0,Vx €[0;1] nén ta suy ra
f(x)—sin(mx)=0< f(x)=sin(mx).

T

Do do jf(x)dx = jsin(ﬂx)dx = —lcos(ﬁx)

0

Ciu 57. (Chuyén Vinh Phic 2019) Cho ham s6 f (x) c6 dao ham lién tuc trén doan [0;1] thoa méan

1

f(1)=o0, _(i;[f’(x)]zdx=7 va !xzf(x)dxzé.Tichphﬁn ;[f(x)dx bang

A-% B. 1 c. - D. 4

:>j.3x2f(x)dx=1.

1
Tir gia thiét: [x°f (x)dx :%
0
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1
Tinh: 7= {32 f (x)dx
0
Dit: {uzf(x) j{duzf (x)dx-

dv =3x’dx 3

v=Xx
Ta co:
1 1 1

’:i”zf (x)x =x' £ (x)] = [ ' (¥)dw = 1.7 (1) 0.7 (0) [ . (x) e == [ £ ().

0 0 0

Ma: 'i.3x2f(x)dx=1 =1= —jx3.f'(x)dx

S j-x3.f'(x)dx=—l 2SS 7j-x3.f'(x)dx =-7 < j-7x3.f'(x)dx z—j[f'()cﬂ2 dx, (theo gia thiét:

[Lr ()] de=7).

@j(mf (x)+[ /" (x) ])dx O<:>If [720+ /"(x) e =0
:>7x3+f'(x)=0<:>f'(x)=—7x3:>f(x)=—%x4+C.

Véi f(l):0:>—%.14+C:0:>C:%

A S

(Chuyén Vinh Phiic 2019) Cho ham sé f (x) c6 dao ham lién tyc trén doan [0;1] thoa mén

1)=4, j;[f’(X)]zde% va j.x.f(x)dx:%. Tich phan _(i;f(x)dx bing

0

's
| W,
|=

C. 4 D.z
3

N | W

Loi gidi
1
Tir gia thiét: [x.f (x)dx =

1 1
0 §:>_([5x.f(x)dx:1.

Tinh: Izj-Sx.f(x)dx

o fum ) [
at: = 5 .
dv =5xdx vzax2

1

5 1

Ta co: I—j.5xf —%xz.f(x) —ijz.f'(x)dx
%szf’ —10——j S(x)dx, (i £(1)=4)
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. 1 51 s , 1 5 , 18
Ma:Iszx.f(x)dle:lle—E_!x .f(x)dx<:>.!‘x S () dv ="
<:>1ij S(x)dx= 36@10jx S(x j.[f'(x)]zdx,(theogiéthiét: j[f’(x)]zdxz%)

ej[loxf [/ ()] [ :o@jf'(x)[loxz—f'(x)]dx:o

0

3
310x2—f'(x)=0<:>f'(x)=10x2:>f(x)=10; +C
Vc’rif(l)=4:>4:1(;—'l+C:>C:§.

10x° 2
Khi d¢ —.
ido: f(x)= 3 +3

1

' (10X 2 55 2 3
Vay: | f(x)dx = ( +—jdx:[—+—xj —.
! (x) ! 33 6 3 2

Cau 59. (Chuyén Vinh Phic Nam 2019) Cho ham sb f (x) c6 dao ham lién tuc trén doan [0;2] thoa

0

man f(2)=3, j[f x)] dv=4 va j.x2f(x)dx:§. Tich phan _If(x)dx bing

0

AL b 27 . 2 p, 266
115 115 - 115 115
Loi giai

Tir gid thiét: | x°f (x)dx =

O C— 1

1
3
2
Tinh: 7= [3xf (x)dx
0

Pat: {uzf(x) j{duzf'(x)dx-

dv =3x’dx 3

v=x
Ta co: Izj.3x2f(x)dx=x3.f(x)‘§ —j.x3.f'(x)dx :24—J2.x3.f'(x)dx, (vi f(2)=3)

Ma: I=j3x2f(x)dx=1 =1=24—|x"f"(x)dx

© Sy 1O

2 2

3 4 3
C)_!x S (x)dx=23 @Z_([x S (x)dx=4

<:>2i3'[x3.f'(x)dx='[[f’(x)]2 dx, (theo gia thiét: _([[f’(x)]z dx=4)

0 0

o |35 L] Jarm0 o [0 g5 - ) ax-o

0

4 5 ' 4 L
A (=0 (0= e = ()= Lo

g 16 53
Vi f(2)=3=3=—+C=C=2
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1, 53

—X +—.
23 23
2 2
A i1, 53, (1 5 53
Vay z[f(x)dx-}[(gx +Zjd)(—(mx +2—3Xj

Ciu 60. ( Chuyén Vinh Phic 2019) Cho ham sé f (x) c6 dao ham lién tuc trén doan [0;1] thoa man

Khi do: f(x)=

2
_562
115°

0

1

f(1)=4, j;[f’(x)]zdx:S va J-x.f(x)dx:—%. Tich phan i-f(x)dx bang

0

AL B c. 7 p. 1
19 4 18 4
Loi gidi
u:f(x) dl/l:f'(x)dx
=

Tinh: 1 =j.x.f(x)dx. bat: {

dv = xdx v=—x’
2

ST SEIPYEN D P L e ‘
Ta co: I:Ex .f(x)o—zle(x)dx =2—5_([xf(x)dx,(v1 f(1)=4).
Ma: jx.f(x)dxz—% :>—%=2—% x* f(x)dx

X2 f'(x)dx =5, (theo gia thiét: j[f'(x)]2 dx=5) = szf'(x)dx = j[f'(x)]2 dx

(xzf’(x)—[f’(x)]z)dxzo o _(i;f’(x).[xz —f'(x)]dx=0

= X -f(x)=0 & f'(x)=x = f(x)z%x3+C.

Véi f(1)=4 = c=1,

3
Khi dé: f(x)—%x3+%
1 1
A (1, 11, (1, 11 1 15
Vay !f(x)dx—_([[;x +?jdx—(ax +?xj0—?.

Ciu 61. (Chuyén Vinh Phiic 2019) Cho ham s6 f(x) c6 dao ham lién tyc trén doan [0;2] thoa méan
2

f(2)=6, j[f’(x)]zdx:7 va J.x.f(x)dx:%. Tich phan jf(x)dx béing

0

>

8 B. 6 C.7 D. 5
Loi giai

x.f(x)dx.

o
=]
=
~
I
O Ly 1O
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S BEIPI 7o (
Ta co: I:Ex S(x )0—5 x*f(x)dx —12—50xf x)dx, (vi f(2)=6).
Theo gia thiét: E[x.f( )dx—% :>—: 2_([x2f'
<:>J.x2f'(x)dx=7

(=]

0

Sl 1V O ) O — 1
—_
=

(3]
~
[
~
| —
SN —
Il
o

0

Véi f(2)=6 Cz?.
Khi do: f(x)—l 3+?.
2 2
1, 10, (1, 10 )2
Vay _([f(x)dx—_([(gx ?jdx—(ax +?xj0—8.
Ciu 62. (Chuyén Vinh Phic 2019) Cho ham s f (x) c6 dao ham lién tyc trén doan [0;3] thoa mén
3 3
:6,J[f'(x)]2dx=2 Véj.xz.f( )dx—— Tich phan J.f )dx béng

0 0

A2 B c. 153 p, 13

5 - 20 5 5
Loi gidi

3
Tinh 7= [x*.f (x)dx.
0

_ du = f'(x)dx
Dit {u_f(x) .
dv = x*dx v=§x3

3

Ta co I—%x3f

3 3
Theo gia thiét: _[xz.f(x)dx:— :»—=54—§fx3f'(x)dx
0 0

3 3 3

@!x3f'(x)dx=8 ©£x3f’(x)dx:4£[f’(x)]zdx <:>i.(x3f’(x)—4[f’(x)]z)dx=0

<::>J.f'(x)[x3 —4f'(x)]dx=0.

0
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3 4
X

:x3—4f'(x)=0<:>f'(x)=7:f(x)zf—6+C.
Véi f(3)=6=C=2
- 16
15
Khi do: =X 2
ido: f(x) 16+16

3

3 3

Vay J‘f(X)dx:J.(ix4+£jdx:(ix5+§x) :m.

0 o\ 16 16 80 16 J)j0 20

Cau 63. ( Chuyén Vinh Phuic Nam 2019) Cho ham sb f (x) c6 dao ham lién tuc trén doan [0;1] thda
1

méan f(1)=2, j.[f'(x)]2dx=8 va J.x3.f(x)dx:10.Tich phan jf(x)dx bang

0

2 B, 124 c. 1o p. 2%
285 95 = 57 285
Loi giai

1
Tinh: [ :J.x3.f(x)dx.
0

_ du = f'(x)dx
bat: {u—f(x) = .
dv=x’dx v==x"

1 11 4 1 4 pr \
0 gl ¥ () == [ (x)de. (i (1)=2).
Theo gia thiét: jx3.f(x)dx:10 = jx4f'(x)dx:—38

0 0

Taco: 1 =%x4.f(x)

= 8.jx4f'(x)dx — 388 < 8.j.x4f'(x)dx - —38.j[f'(x)]2 dx

0

o j(8x4f'(x)+38[f'(x)]2)dx:0 @jf’(x).[8x4 +38/"(x)]dr=0
= 8x*+38/'(x)=0 < f'( )=—%x4 = f(x)z—gisxS+C
Véi f(1)=2 c:%.
Khi do: f( )=—9i5x5 %

1 1
4 2 . 194 )1 116
Vﬁ xdx= __x5+_ dx= __X6+_Xj =—.
iy [/ () (95 95] (285 95 ‘0 57

0 0
Chu 64. (Bic Giang - 2018) Cho ham s6 f(x) c6 dao ham lién tyc trén doan [0;1] théa man f(1)=0 va

j[f’(x)]zdx=j(XJrl)exf(X)dx:%' Tinh tich phan I=j.f(x)dx-

0
e e—1
A.[=2-e. B./=e-2. C.I=—. D.[=—-.
2 2
Loi giai
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Cau 65.

Xét A zj(x+l)exf(x)dx

X

Dt {uzf(x) j{duzf’(x)dx

dv:(x+1)exdx v =Xxe
| 1 1 1 1_62
Suy ra Azxe"f(x)‘o —J.xexf'(x)dx z—jxexf'(x)dx :>J.xexf'(x)dx: n
0 0 0
1 1 2
Xét J.xzezxdx =™ (lxz —lx+lj =¢ _
) 27 27 4), 4

Tacoh: j[f’(x)]z dx+2jxexf'(x)dx+szezxdx =0 j(f’(x)+xex)2 dx=0

Suyra f'(x)+xe" =0,Vxe[0;1] (do (f’(x)+xe’“)2 >0,Vxe[0;1])
= f'(x)=—xe" = f(x)=(1-x)e" +C
Do f(1)=0nén f(x)=(I-x)e"

1

(l—x)exdx:(2—x)ex . =e-2.

Vay Izj.f(x)dx:

Sy S

(Nam Dinh - 2018) Cho ham s6 y = £ (x) ¢6 dao ham lién tuc trén doan [o;ﬂ va f(%) =0.

§
/" (x)sin 2xdx = —% . Tinh tich phan [ = J.f(2x)dx
0

S t— N

i .
Biét Ifz(x)dng,
0

A. I=1. B.Izl. C.1=2. Q.Izl.
2 4
Loi giai
4 . P sin2x=u 2cos2xdx=du .
Tinh j f'(x)sin 2xdx == . Pat { - , khi d6
0 4 f(x)dxzdv f(x)zv

V3

/" (x)sin 2xdx =sin 2x.f(x)|0Z —Z_Tf(x)costdx =sin %.f (%)—sin 0.f(0)—2jf(x)cos2xdx

S =N

=-2| f(x)cos2xdx .

S =N

Theo dé bai ta co

f'(x)sin 2xdx = -= =

NG

£ (x)cos2xdx = % .

O — |y
O — |y
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Cau 66.

TAI LIEU ON THI THPTQG 2021

1
Mat khac ta lai co _[ cos? 2xdx :%
0
Do j[f(x)—cos2x]2 dx = j. ).c0s2x + cos’ 2x]dx =(£_2£+£J:0 nén
0 0 8 8 8
f(x) =c0s2x.

a

Tacod [ =

ol—'oo\k:

cos4xdx = l sin4x "
4 0

(Chuyén Vinh - 2018). Cho ham s6 y=f(x) c6 dao ham lién tuc trén doan [0;1] va
1 1 1
£(0)+£(1)=0.Biét jf2(x)dx=%, If’(x)cos(ﬂx)dx:%.Tinh [/ (x)dr.
0 0 0
A x. B L. c 2 p. >~
V4 Vid 2
Loi gii
u = cos(7x) du =-zsin(zx)dx
bat = . Khi do:
dv=f"(x)dx v=f(x)
1
If’(x)cos(mc)dx—cos | +7rIf sin(7zx)dx
0

1 1

:—(f(l)+f(0))+7r_:[f(x)sin(7rx)dx=7rIf(x)sin(7rx)dx:J.f(x)sin(;m)dxzé

0 0

Cich 1: Ta c6 _l[[f( )—ksin(zx) ] dx= jf )dx— 2kjf s1n(7rx)dx+k2_l[sin2(7rx)dx

0 0

2
LB sosk-t
2 2

Do d6 j;[f(x)—sin(ﬁx)}z dx=0= f(x)=sin(7zx). Vay :[f(x)dx:jsin(ﬂx)dx:

0 T

Cach 2: St dung BDT Holder.

U / (X)g(X)dX} Sjjfz(x)dxj:gz(x)dx

Déu “="xay ra < f(x)=kg(x),Vxe[a;b].

0

1 1 1
Ap dung vao bai ta c6 % = {J.f( sin ( } I dx.J. sin® (7x)dx =—
0 0
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suy ra f(x)=ksin(7zx).

Ma Jf(x)sin(mc)dx:%@kjsinz(mc)dx:%©k=1:>f(x)=sin(7zx).

Vay If(x)dxzj).sin(ﬁx)dx ==.

0

Céu 67. (THPT Tran Phu - Da Ning - 2018) Cho ham s6 y = f(x) c6 dao ham va lién tuc trén {o;ﬂ

: : :
théa man f(%}:& !{(Sx =1 va }[ s1nx.tanx.f(x)]dx=2. Tich phan !sinx.f'(x)dx
bang:

A 4. B. 2+3V2 . 1¥32 D. 6
2 2
Loi giai
i u=sinx du = cos xdx
Taco I:Ismxf’(x)dx bit , =
0 dv=f(x)dx v=f(x)
.
I:sinx.f(x)|0Z —Icosx.f(x)dx :g—ll.
0

Ciu 68. Cho ham s6 f'(x) c6 dao ham f'(x) lién tuc trén doan [0;1] théa f (1

O
o'—.—

1 1
va _([cos(%xjf(x)dxz%. Tinh _([f(x)dx.
Az B. z. c L. D. 2
2 V4 V4
Loi gidi
at X | =
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Cau 69.

TAI LIEU ON THI THPTQG 2021

oot , 1 f. ,
(5 e

T

1 2
I(—Ef’(x)—sin(zxn dx=0 < —zf’(x)=sin(£x) = f’(x)=—£sin(£x).
2 2 2 2
Suy ra f(x)=cos(%xj+€ ma f(1)=0 do do6 f(x)=cos(%xj.
1 1 P 2
Vay .!-f(x)dx = I[cos(;xjdx :;.
(Chuyén Tran Phu - Hai Phong - 2018) Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;1]
1 1 1
théa man f(1)=1, j[f'(x)]z dx=9 va Ix3f(x)dx=%. Tich phan jf(x)dx bang:
0 0 0

A.g. B.é. C. D.ﬁ.
3 -2 5

IS

Loi giai

= j.x“.f'(x)dx:—l = 18jx4.f'(x)dx =-18 (2)

1 x91
., 8
- Lai co: J.x dx=—
0 9

- Cong vé véi vé cac dang thirc (1), (2) va (3) ta dugc:

1 .
=§381‘([x dx=9 (3)

0

:[[[f'(x)]z +18x4.f'(x)+81x8}dx:0 @I[f’(x)+9x4]dx20
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@ﬂj[f )+9x* |dx =0
Hay thé tich khdi tron xoay sinh béi hinh phang gi¢i han béi do thi ham s6 y = f7(x)+9x*, truc
hoanh Ox , cac duong thing x =0, x =1 khi quay quanh Ox béng 0
= f1(x)+9x' =0 = f'(x)=-9x" = f(x If dx———x +C.

Lai do f(1)=1:>c=%3f(x)=_%x5+%

e [0S

Ciu70. (THPT Phan Chu Trinh - Pdc Léc - 2018) Cho ham s6 f(x) c6 dao ham lién tuc trén doan

1

E .

0

[0;1] thoa min _([[f’(x)]zdx:_[(x+1)e"f(x)dx:624_1 va £(1)=0. Tinh _([f(x)dx

0

A=

el B. C.e-2. D.
2

< c
4 2
Loi giai

-Tinh:Izj.(x+1)exf(x)dx:_|.xef dx+jef )dv=J+K.
Tinh K:jexf(x)dx

Dit {u:exf(x {du:[exf(x)+exf'(x)]dx

dv=dx

V=X
=K= xe f(x ‘ j[xef +xexf'(x)]dx=—jxexf(x)dx—jxexf'(x)dx (dof(1)=0)
:>K=—J—J.xexf’(x)dx:>I=J+K=—_1[xexf’(x)dx

- Két hop gia thiét ta dugc :
1 2_ 1 2_
[[refe=2 [[r@fe=""
0 0

4
—
—Ixexf’(x)dx=e4_1 ZIxexf'(x)dxz—

1 2
- Mt khac, ta tinh duoc : J.xzez“‘dx =L
0
- Cong vé véi vé cac dang thic (1), (2), (3) ta duoc:
1
[T + 25 (x) 427 )ax =0 @j )+xe) dx = 0@4 )+xe') dr=0
0

hay thé tich hinh phang gi¢i han béi d6 thi ham s6 y = f(x)+xe", truc Ox, cac duong thing
x=0, x =1 khi quay quanh truc Ox bang 0
= f'(x)+xe" =0 < f'(x)=—xe"
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Cau 71.

Cau 72.

= [ £(x)de=[(1-x)e'dr =((1-x)e" )]

TAI LIEU ON THI THPTQG 2021
:f(x)z—jxe‘dx:(l—x)ex+c.
-Laido f(1)=0=>C=0= f(x)=(1-x)¢"

1

=e—2

1
n!
+J.e’“dx :—1+e*0
0

0

(S¢ Phii Tho - 2018) Cho ham s6 f (x) co dao ham lién tyc trén doan [1;2] thoa man

j(x—1)2f(x) =——, f(2)=0va j[f )]zdx:7. Tinh tich phan I:jf(x)dx
A T=". g.lz—z. C.l=—" D. 7=
5 5 20 20
Loi giai
bat u=f(x)=du=f'(x)dx, dv=(x—1)2dx:v=(x;1)
9 ) i _13 ) _13
Ta c6 —gz_!'(x—l) f(x)dx:(x3) S(x) —!(X
1 1¢ 3 ., ° 3, . 3,
@—gz—gj(x—l) f'(x)dx = [(x-1) f(x)dle:—!2.7(x—1) f(x)dx=~14

)]2 dx —_2[2.7()6—1)3 f'(x)dx +j49(x—1)6 dx=0

1

Tinh duge j49(x—1)6 =7 = j[f (x
1 1

:jp(x-l)tf'(x)fdx:o = f'(x)=7(x-1) = f(x)= 7(X4—1)4 iC.
Do f£(2)=0 :f(x):Lﬁ_%,

Vay I:jf(x)dx =ﬂ@—ﬂdx =—%.

(THPT Quing Yén - Quing Ninh - 2018) Cho ham s6 f(x) c6 dao ham lién tuc trén doan

1 1
[0;1] théa man: f(1)=0, I[f dx=7 va J.xz.f(x)dx=%.Tinh tich phan Izj.f(x)dx
0 0
A I=1. B.I=_. C.1-4. D.7=L.
5 4
Loi gidi

Xét tich phan I S (x)dx

B du =
Dat =/(x)
de
1 1 , 1 11 3 11 3 oy 1 3 o1
ﬁx f(X)dx=%f(X)0—§£xf(X)dX=—§£xf(X)dx = [ (s
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1

1
6d —
z[x ==
Ta c6: j[ ] dx+14jxf dx+49jx dx = 0:>I +7x) dx=0
0
Ma j.(f'(x)+7x3)2dx20. Diau “=” xiay ra khi f1(x)+7x =0= f'(x)=-7x"
0

:J‘f’(x)dx=—J.7x3dx=—%+C.

xt 7
[)=0=C=— == 4L
f()=0=C=0 = f(x)=-——+
1 1 4
O 05 T | SC S A A R AR
! 4 4 2000 410 20 4 5

Ciu 73. (Yén Phong 1 - 2018) Cho ham sd y=f(x) c6 dao ham lién tyc trén [0;1] thoa man

=3, j[f )] dx—ﬁva jx f(x )dx:%.Giétrjcﬁa ':[f(x)dx Ia

A B & ¢z p. 2.
11 21 - 7 4
Loi giai
‘ 7
Xét [ x* F(x)dx=—
[ f (x)de=—

] 1 1 s 3 175,
:>_([x f(x)dx:§xf(x)0—g_£ f(x)d =g—§£xf( )dx (vi f(1)=3)
f s 3 7 2
3£xf(x)dx= [g—ﬁj 11.

Xét

O e = O C— = O ey —

><LI|

~

—~

=

N—"

S
Il
|

jj[f’(x)]zdx+4jx5f dx+4J. xdx =0 :>J.[ x)+2x° )]de:()

:>f’(x)=—2x5:>f(x)=_T+C.Do f(1)=3:C=? nén

j;f(x)dxzj.(%cs+¥]dx=§

0
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Ciu 74. (THPT Binh Giang - Hai Dwong - 2018) Cho ham s6 f(x) c6 dao ham lién tuc trén [1;2] va

théa man f(2)=0, _!.(f'(x))zdx:%Hn% va !%dx:—%+ln% Tinh tich phan
jf(x)dx.
A. i+2lng. B. lni. C. E—21n§. D. §+21n§.
4 3 2 4 2 4 2
Loi giai
j S e 33
1(x+1)2 12 2
u=f(x)=du=f'(x)dx
bat dx 1
dv = 5 =——
(x+1) x+1
L0 g SO FI0) S0 SR W) S0 6,
! (x+1) x+L| 4 x+l 2 300d x4l 2 ) x4l
= 'i;(f’(x))z dx+j[f,§x)dx+j[]:_(’_xl) dx=0
3j(f’(x))2dx—j%x+:[]:+);)dx:0
2 ' ) f! f!
<:>_! (f (x)) + xfrxl)_ gx) dx=0
, 2 fl fl
R
f'(x)=0 f(x)=C
< f’(x)+L—l:0<:> f(x):£—1n|x+1|+C
x+1 2 2

THI: f(x)=C,/(2)=0=C=0= f(x)=0 (loai)
TH2: f(x)=§—1n|x+1|+c,f(2):o@C=1n3—1:>f(x)=§—1n|x+1|+1n3—1

F 3 3
_!f(x)dx=z—21n§.

Cau75. (Sé& Bac Liéu - 2018) Cho ham sb f(x)cé dao ham lién tuc trén [0;1]théa man f(1)=0,
1

1 1
[T dx:§—1n3 va jmdx=21n3—§. Tinh tich phan j%x bang.
0 0

2

0(2x+1)
A, 123103 p. 2=In3. c. -3 D. —In—.
3 3 16 16
Loi gidi
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Ta tinh. I 4f (x )d :21n3_8 Md 11 3_2
2x+1) 3 (2x+1) 2 3
u=f(x) du = f(x)dx
bat: dv:;zdxj v=—l. L 1_ «x
(2x+1) 272x+1 2 2x+l1
1 1 1 ' 1
lln3—z=j—f(x)2dx=—xf(x)| —jxf(x)dx=—j—x Fi(x)dx
2 3 5 (2x+1) 2x+1|, 1 2x+1 d2x+1

1
= [ f'(x)dx =—%ln3+§ @4j f(x )dx:—2ln3+§

0 2x+1
1 11 1 2
Tinh tich phan: J. =— I =— I 1- dx
2x+1 2x+1 49 2x+1
1
=lj(1— 2 + ! 2jabc
47 2x+1 (2x+1)
L N [
4 2(2x+1)
0

!
:4[( jdx:——ln3
2x+1 3

2x+1

=1—1m3

3 4

:j[f'(x)]de_ Zxx+1f'(x)dx+4j.(2x+lj dx=0
von o 2x 3 1
QI( ]dx 0= /0= 2x ! 2x+1

3f(x)=x—%ln(2x+l)+C vi xe(0;1)
Vi f(l)=0:C=%ln3—1

=1= jde:—I[x——ln(Zyﬁl) %1n3 1) :—j(x+lln3 ljdx——jln 2x+1)dx

4
e 1 Yo
—j( +—In3- ljdx—— 2 +Zm3-x| =—-+-In3
4407 2 4l 2 2 . 88
! uzln(2x+l) __2 dx

B={In(2x+1)dr dat =<4 2x+l
0 dv =dx Y= x

1

:§1n3—1
2

0

1
:>B=x1n(2x+1)|lo—j 2% :1n3—(x—lln(2x+l)]
+ 2x+1 2

~r=d-tp—_Lin3
8 16
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Cau 77.

TAI LIEU ON THI THPTQG 2021

(S¢ Hung Yén - 2018) Cho ham s6 f(x) c6 dao ham lién tyc trén [0;1] théa man f(0)=1;
1 1 1
j[f'(x)]z dx =L va I(2x—1)f(x)dx =—L. Tich phan If(x)dx bang
) 30 30 )
AL B. L c. L p. L.
30 12 4 30
Loi gidi

Dit {uzf(x) :{duzf'(x)dx-
dv=(2x—1)dx

2
V=X —X

Suy ra J.(2x—1)f(x)d)c=(x2 —x)f(x)ro —J.(x2 —x) f'(x)dx =—I(x2 —x) f'(x)dx

:E')‘(xz—x)f'(x)dx=$

1 1
Ta co: j(xz—x)deZI(x4—2x3+x2)dx :(———+—
0

Do do, I[f’(x)]zdx—ZJ.(xz—x)f’(x)dx+j(x2—x)2dx20 @J[f’(x)—(xz—x)]zdxzo

3 2
X

= f'(x)=x"-x :>f(x)=%—7+c.
Vi f(0)=1nén C=1 :f(x)zx?}—%zﬂ.

11

Vayjf(x)dx j(——?+1jdx (%—%3+xj NTE

(S¢ Nam Dinh - 2018) Cho ham sb y=/f(x) co dao ham lién tyc trén doan {O;%} va
: i :
( j 0. Biét I =§ J s1n2xdx——z Tinh tich phan 7 = J.f(2x)dx.
0 0 0
1 1
A. I=1. B. I=—. C.1=2. D.I=—.
2 4
Loi giai
i i
Tacéd J s1n 2xdx = ‘[ sin 2xdf [ f s1n 2x]‘ ‘[ f dsm 2x
0 0

- f(%)sin(l%j— f(O)sin(2.0)—2i f(x)cos 2xdx
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- f(%j—21.f(x)cos2xdx = —2:If(x)cos2xdx.

5
Do d6 2If( )cos2xdx—%
0
1 T 11 o
Mat khéc: _[00322xdx:—j(1+cos4x)dx=(—x+—sin4x) ==
0 2() 2 8 0 8
Bai vay
: : g
IfZ(x)dx—2j cos2xdx+jcos 2xdx_———+—
0 0 0 4 8

[f2 (x)—2f(x)cos2x +cos’ 2x]dx:0

[f(x)_COS2x]2dx=0:>f(x):cos2x.

0

> [Sh N RS [Sh N RS

: : :
I:If(Zx)dx jcos4xdx —%sin4x '
0 0

0

2
Cau78. Cho ham s& f(x) lién tuc, c6 dao ham trén R, f(2)=16 va [f(x)dx=4. Tich phan
0

112, B. 12. C. 56. D. 144.
Loi gidi
Déttz%:szt:dxzhft.
PO x=0=¢t=0 4
Doi can: .Do @6 I xf'| = |dx = I4tf dt=I4xf’(x)dx
0

x=4=t=2

. u=4x du =4dx
At a’v=f’(x)abc:> v=f(x)

Suyraj4xf )dx = 4xf(x)]| —j4f Jdx =81 (2)-4[ f(x)dx=8.16-4.4=112.

0
Cidu79. (Chuyén Lé Quy Pon Pién Bién 2019) Cho ham s6 f (x) lién tyc trén R va
2 1
2)=16,[ f(x)dx=4. Tinh I = [x.f'(2x)dx
0 0
A 7. B. 12. C. 20. D. 13.

Loi giai
Dit t=2x = dr=2dx. Véi x=0=1=0; V6i x=1=1=2.
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Cau 80.

1

:>I=j[f(x)tan2x+f'(x)tanx]dx

0

TAI LIEU ON THI THPTQG 2021

x i—j.f(x)dx}:i[2f(2)—0f(0)—4] =%(2.16—4)=7.

(Chuyén Bac Ninh - 2020) Cho ham s6 ( ) c6 dao ham lién tuc trén R va thoa man
1 1
jf(x)dleO, £ (1)=cotl. Tinh tich phan 7 j[ x)tan® x+ f'( )tanx]dx.
0 0
A. 1-In(cosl). B. 1. C. 9. D. 1—cotl.
Loi giai
Chon C
Cach 1:

+1= j[ x)tan® x+ f'( )tanx]dxzjf( tan xdx+.|.f Jtanxdx (1).

+ Tinh J = I f tan xdx .

{u:tanx du:(1+tan2 x)dx
Pat , ,taco .
dv=f"(x)dx v=f(x)

=>J=f(x tanx| jf 1+tan x)dx
= f(1).tan1— £(0).tan 0 — jf tanzxdx—jf(x)dx

= co‘[l.tanl—J.f(x).tan2 xdx—10
0
1

:1—'|.f(x).tan2 xdx—lO:—9—j.f(x).tan2 xdx .

0

Thay J vao (1) ta dugc:
1=]f () tan? xdx+(—9—j.f(x).tan2 xdxj=—9.
Tacé: (f(x)tanx) = £ (x)tanx+ £ (x)(tan> x+1) = f'(x) tanx + £ (x) tan® x+ £ (x)

!

3f’(x)tanx+f(x)tan2x=[f(x)tanx] - f(x),

{[f Jtanx | —f(x)}dx

ov._,H
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1
x)tanx|, - [ £ (x)dx = (1)tan1-10=cot1.tan1-10=-9.
0

Ciu 81. (Chuyén Lao Cai - 2020) Cho ham s6 f(x) co dao ham lién tuc trén [0;3] théa man

=0, j[f ]dx——vaj.

= —Z . Tich phan J. f(x)dx béng:

0 x+1
AL B. . C.Z. p. ..
3 30 6 6
Loi giai
Chon B
7

Xét: I\/)C(T)dx—

u=f(x) du= f'(x)dx
Dat: 1 =

dv:mdx v=2(\/x+1—1)
Khi d6: j.j(_j_)dxz [2(\/x+1 —l)f(x)}3 _2j(\/x+l —1)f'(X)dx

o VX 0 0

=

(Vx+1=1).f(x )dx——(l)

© Ly
w ]

Mt khc: [(~ax+1- 1) dx j(x+2 24x+1)dx = (2)

0

1) o=

0

(3)

< NN

f'(x)=0
f'(x):x/m—l
+) f'(x)=0=> 3)voly

) f(x)=Vx+1-1= f(x)= (x+1)\/m-x+c,méf(3)=0:>C=—g

Tu (1) va (2) suy ra: {

7

= f(x)= (x+1)\/x+1—x—§

2 7 97

Vay: x)dx=||—=(x+1)Vx+1—-x——|dx=——.

v lf( ) 5{3( ) 3} 30

Ciu 82. (Chuyén - Vinh Phiic - 1an 3 - 2019) Cho ham s6 y = f(x) ¢6 dao ham lién tuc trén (0; 1) thoa

1 1 1
man f(0) =0 va j fz(x)dx=%; j f'(x).cos%dx=37ﬂ-. Tinh f f(x)dx bing:
0 0 0

>

2 1 4
y B. —. g.g. D. —.
T T T T
Loi giai

a
=

on C
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Cau 83.

Dit
d

TAI LIEU ON THI THPTQG 2021

1
X RY/4
Ta co: '(x).cos—dx =—
!f( )-cos= 7

X T . 7TX
_ |cos—=u du =——.sin—dx
bat 2 = 2 2

f'(x)dx =dv v=f(x)

3 X
Suyra: —=cos—.f(x
yra: = 2 S (%)

1 1
Vs . X
+|—.f(x).sin—dx .
0 j S/ (0)sin=

= 37” - cos%. (1) =cos0.£(0) +§. { f(x).sin%dx.

1
X 3
= x).sin—dx =—.
{f() S dx=>
1 9
Theo dé: 2(x)dx ==
!f (x)dx ==
1 1_ . 1
Mt e [sin’ 2o = LS8 g - SED |
AT 2 r Joo 2
1 X X 9 3 1
Nén ta co 2(x)=6f(x .sin—+9sin2—}dx=——6.—+9.—=O.
ﬂf() f(9-sin= 5 S 65+92

2

:i(f(x)—%in%j dx =0.

Do ham sé y = f(x) c6 dao ham lién tyc trén (0; 1) nén f(x) = 3sin%.

zTx|!

1 1
Suy ra If(x) dx = j3sin%dx = —3.%.003—
0 0

0

6
—.

(Hau Lgc 2-Thanh Héa- 2019) Cho ham s6 /(x) nhén gié tri duvong va c6 dao ham lién tuc

trén  doan [0;1] sao cho f(1)=1 va f(x).f(l—x)=ex2_x, ‘v’xe[O;l]. Tinh

l (2)63 —3x2)f'(x)
Izj f(x) dx.
0
A 1=—i B.Izi. C [:-i D Izi
60 10 10 10

Chon C

932
“= Zx' 3x du = (6x2 —6x)dx
:_f (x) dx:

(%) v=In f(x)

Ta co 1=(2x3—3x lnf ‘ j6x —6x lnf )
0

=1n1—j.(6x2 —6x)lnf(x)abc=—J.(6x2 —6x)lnf(x)dx

0

bat t=1-x = dt =—dx.
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Taco [ =T[6(1—ﬂ)—6(1—t)]1nf(1—¢)d¢=—j(6¢2 —61)In f (1-1)dt

0

- _j.(6x2 —6x)lnf(1—x)dx

1
Suyra,2]=—j(6x —6x lnf dx .[ 6x —6x lnf 1 x)dx
0

0

=—[(6x* =6x)[In £ (x)+In f (1-x) |dx

o'—.—- o'—.—-

(6x —6x)lnf( )f(l—)c)dx=—j.(6x2 —6x)lne’“2"“ dx

:_6j'(x2_x)2 dx:—6j.(x4—2)€3+xz)dx=—%.
0 0
Nhu vay, 21_—%31__i

10
Cau 84. (S6 Nam Dinh-2019) Cho ham s6 f(x) c6 dao ham lién tuc trén [1;2] va théa man:

h 2 ) 5 3
O,J]‘ f(x) —+1n§ va '!(x+1)2d :—E+ln5 Tinh tich phan If(x)dx.
A. §+21ni. B. 1nz. C. i—21nz. D. g+21ng.
4 2 3 4 3 4 3
Loi giai
Chon D
2 22 o 2 1
AC) ! /(%) 1 /(%)
T dx =——— de=—f(2)+=f(1 d.
acod ‘{(x+1)2 X o ()c)l +{ o X 3f( )+2f( )+.1[ o X
2
s () 5 3
Do f(2)—0 nen!.x 1d +5f(1)——12+1n5

1 5 3
S — | f =——+In—
uy ra [x 2}’( )d. TR
2 2 2 2
Mat khac J‘(L—l) :'f ! > = ! +l :(———ln|x+1|+—x) :i+lng
\x+1 2 t (x+1) x+1 4 x+ . 3
Viy:
2 2 11 1 1Y
' dx+2|| ———|f"(x)d —— 1 d
!(f(x)) x+ ﬂ 1 2}f(x) !(x+1 2) )
:i+1 g+2(—i—lngj+i+l Z:0
12 3 12 3) 12 3
2 11y 11 1
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2
=§+2m3.
4 3

do f(2)=0 jjf(x)dxz[%xz—x+xln3—((x+1)ln(x+l)—(x+l))}

1

2

1
Cau 85. Cho ham s6 y = f(x) c6 dao ham lién tuc trén [0;1] théa man f(1)= 3,j[f'(x)] dx=— va
0

1 1
Ix“f(x)dx = % . Gia tri ciia jf(x)dx la:
0 0

e B. & cz .2,
11 21 = 7 4
Loi giai
Chon C

1
o Xét [x*f(x)dx = 7
: 11

N f(x) du = f'(x)dx
at X
dv=x dx p=2_
5
R 0x° 7
Khi 6 [x f(x)dx—[ (x)j =
Suy ra jx? '(x)dx = f;l) 1—71 = ;—i

1/ .5\?
e Mit khac I(x—J dx = e
AR 275

e Taco:

i[ F'(0)] dx+ 2.10.@%5. f(x)dx + 102@(’% dx =0

=N j[f'(x)+2x5] dx =0

= f(x)=-2x"
_ 6 _ 6 10
e Do dé f(x)= ;‘ +C.Ma f(1)=3 nén f(x)= ;‘ =
p 1 23
o Khi d6 x)dx == (=x° +10)dx ===
!f( ) 3£( Jdx ==
CAu 86. Cho ham sb f(x) c6 dao ham lién tuc trén doan [1;2] va thoa man Ilz(x—2)2f(x)dx=—%,
=0, I[f =— Tmhj xf (x
._—19. B. l. c. L p. 13
60 120 5 30
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Loi giai
Chon B

Ta co:

Ciu 87. (Chuyén PH Vinh- 2019) Gid sir ham sé f(x) c6 dao ham cip 2 trén R thoa man
1
F()=7"(1)=1va f(1-x)+x".f"(x)=2x v6imoi x € R. Tinh tich phan Izjxf'(x)dx.
0

A I=1. B./=2. C.I= D.I:%.

1

3
Loi gidi

Chon C
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, du = f"(x)dx
£)Vt{ua’(x): 7
dv = xdx y=""
2
l ! ? ! 1 1 ? 4 1 1 ? "
Suy ra I=.([xf (x)dxz%f (x)o—_!x?f (x)dxza—_!-%f (x)dx.

2

Do f(l—x)+x2.f”(x):2x:>x7.f”(x):x—%f(l—x).

Vay I=%—‘(i;{x—%f(l—x)}dx=%j:f(l—x)dx.

, 15 1 1
bat t=1-x suyra I=—E!f(t)dtzz_([f(t)dtzzj‘f(x)dx.

0

dv =dx V=X

Dt {u =f(x):{du = f'(x)dx

jxf’(x)dx}@]z%(l—])@]z%.

0

1
0

Suyral = %[xf(x)

Dang 1. Bai toan tich phén lién quan dén dang thire u(x) £ (x)+u'(x) £ (x) = h(x)
Phwong phap:

D@ dang thdy rang u(x) /" (x)+u (x) £ (x) = [u(x) f(x)]

Do do u(x) f (x) +u (x)f(x) = h(x) & [u(x) f(x)] = h(x)

Suy ra u(x) f(x) = j h(x)dx

Tur day ta dé dang tinh duoc f(x)

Dang 2. Bai toan tich phén lién quan dén biéu thiure £ (x)+ f(x) = h(x)

Phwong phap:

Nhan hai vé voi e* ta duroc e*- f'(x)+e' - f(x)=e"-h(x) < [ex -f(x)] =e" -h(x)
Suyra e* - f(x)= j " - h(x)dx

Tir day ta dé dang tinh duoc f(x)

Dang 3. Bai toan tich phan lién quan dén biéu thuc f'(x)— f(x) = h(x)

Phwong phap:

Nhan hai vé voi e taduroc e ™ f (x)—e ™ f(x)=¢e - h(x) = [e"‘ - f (x)] =e " -h(x)
Suyra e - f(x) = j e h(x)dx

Tur day ta dé dang tinh duoc f(x)

Dang 4. Bai toan tich phan lién quan dén biéu thirc £ (x)+ p(x)- f(x) = h(x)

(Phuong trinh vi phan tuyén tinh cip 1)
Phwong phap:

A o __R__po p(x)dx
Nhan hai vé vdi ej ta duoc

F @ 4 py-d ™ p@y =) [f (x)-el ”(M} P

Suyra f(x)- ejp(x)dx = J.ejp(x)dxh(x)dx
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Tu day ta de dang tinh duoc f(x)

Dang 5. Bai toan tich phéan lién quan dén biéu thic 1 (x)+ p(x)- f(x)=0
Phwong phap:

. f(x) f () _
Chiah d 0 =
ia hai vé voi f(x) ta duoc T )+ p(x)=0——= IS -p(x)

Suyra [ 20 e = [ pyds < In| 1) =] p()d

Tir day ta dé dang tinh duoc f(x)
Dang 6. Bai toan tich phan lién quan dén biéu thirc ' (x)+ p(x)-[ f(x)]" =0

Phuong phap:
Chia hai vé v6i [ f(x)]" ta dugc ;(()) +p(x)=0 %Z—p(x)
suyrajf() —I() f() _jp(x)dx

[f ()]
Ciau 88. (M 102 2018) Cho ham s6 f(x) théa man f(2)= —% va f'(x)=x| f(x)]2 véi moi x € R. Gia

tri cia f(1) bang

A -2 B. -2 c.- ! p. U
3 9 6 6
Loi gii
Chon A

Tur hé thie dé cho: f'(x) = x| f(x)]2 (1), suyra f'(x)>0 v6i moi xe[1;2]. Do @ f(x) la ham
khong giam trén doan [1;2],tacd f(x)< f(2)<0 vdimoi x €[1;2].

Chia 2 vé hé thirc (1) cho [ f(x)] = 5 ’(x)z =x,Vxe[;2].

[f(0)]
Léy tich phan 2 vé trén doan [1;2] h¢ thic vira tim dugc, ta dugc:
AT 3 f3 v 13
! T dr = [ I O R OO
Do f(2)= —% nén suyra f(1)= —%.

Chu y: ¢6 thé tu kiém tra cac phép bién ddi tich phan trén day 1 c6 nghia.
Cau 89. (M4 104 2018) Cho ham s6 f'(x) théa man f(2)=—— va f'(x)=x'[ f(x)] v6i moi xeR.

Gia tri cia f (1) bing
4 B. 71 C. 79
35 20 20 5

Chon D

Taco: f'(x)=x'[ /()] = f,(x)=x3:>j‘f’(x)dx=.2fx3dx
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TAI LIEU ON THI THPTQG 2021
2

{56l

(Minh hoa 2020 Lin 1) Cho ham s f (x) lién tyc trén R thao man

15 1 1 15
:?G—mﬁ'm:?@f(l):—g.

xf(x3)+f(1—x2):—x1°+x6—2x,VxeR.Khi do jf(x)dx?

A 7 B —1. c. 7 D. 1.
20 = 4 4
Loi giai
Chon B

Ta co xf(x3)+f(l—x2)=—x1°+x(’—2x:>xzf(x3)+xf(1—x2)=—x”+x7—2x2.
Liiy tich phéan hai vé can tir 0 dén 1 ta duoc:

1
J. f dx+jxf1 x)dxzj(—x”+x7—2x2)dx

0

1 1

@3]/ [ (-r)a(-w) -5

:%jf dt——jft)dtz
@%if £)de+— jf ;
@%j.f

@i'f(t)dtz—%
Suyraif(x)dxz—%.

Lay tich phan hai vé can tir —1 dén 0 ta dugc:

0 0 0
Ix2f(x3)dx+jxf(l—x2)dx= j(—x“ +x’ —2x2)dx
-1 -1

-1

o3l 3)——_If(1—x2)d(1—x2)=—§
=3 r0u-3 a3

@%if(t t——jf dr——%

S 3] ra -t re

=3 ee=3] %im "% 3D
:>jf(x)dx=‘T13
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Cau 91.

Cau 92.

Cau 93.

1
Cho ham s f(x) lién tuc trén [O;l] thoa man f(l—x) = 6x2f(x3)— \/35_+1 . Khi d6 .([f(x)dx
bang
A. 4. B. 1. C. 2. D. 6.

Loi giai
Chon A

Tacod f(l—x):6x2f(x3)—m <:>f(l—x)—6x2f(x3):—m

Q'i.f(l—x)dx—j).6x2f(x3)dx:—':[ 6 dr (*).

0

1 1

Taco [ f(1-x)dv=—[f(1-x)d(1-x) = = [ f(u)du=[f(x)dx.

Va jéxzf(;f)dx=2jf(x3)d(x3)"_x‘ 2 f () du = 2jf

1

Ta c6 (*)@Jf(x)dx—2j.f(x)dx=—6j 3i+1dx<:>j.f(x)dx:6j\/3iﬁdx=4.

1
Vay [ f(x)de=
0
Cho ham s f(x) xéc dinh va lién tyc trén R\{0} théa man x* > (x)+(2x-1) f(x)=xf (x)-1,

2
v6i moi x € R\{0}dong thoi thoa f(1)=-2. Tinh [ f (x)dx
1

A. _1n_2_1 B. —1n2—l. C. —1n2—§. D. —ln—z—é.
2 2 2 2 2
Loi gii
Chon D
Tacd x>/ (x)+2xf (x)+1=xf (x)+ £ (x) = (o (x) +1) = (5 (x) +1)
1) 1
Do do W(X—M_lzj( 7 (x)+1) dx = [1dx = - L v saf(x)+1=- :
(xf(x)-l—l) ( (x)-l—l) xf (x)+1 X+c
< , R 1 1 1 1
Mit khac f(1)=-2 nén —2+1:—E:>c=0:>xf(x)+1=—;:>f(x)=—?—;
T 11 1), 1
Vay !f(x)dx=!(—;—;}dx=(—lnx+;j |1=—ln2—5.
Cho ham ) f (x) lién tuc trén R thoa man
f(x)+(x2—1)f(%x3_%x—%j—x —4x’ —5x* +7x+6,Vx e R. Tich phan jf(x)dx bing
AL B. . c.7. D. -2
7 3 3
Loi gii
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2 2
Mat khéc : (*):If(x)dx+j (x —4x’ =5x* +7x+6 )dx
1 1
h 42 1 3 3 3 1 3 3 3 _1
T e L PR R

:>J?f(x)dx+§jf(x)dx=%<:> j.f(x)dxz_

—
=

(3]
|

—_—

SN—
~
7\
NG
=

(5]
|

|

=

|

N | W
N
v—t—.w

=2
Cau94. Cho ham sé f(x) c6 dao ham lién tuc trén doan [0;1] théa man f(1)=1 va

1
(f'(x))2 +4(6x2 —1).f(x) =40x° —44x* +32x* —4,Vx € [0;1] . Tich phan J-f(x)dx bang?
0

A.é. B. 1—3 C. —H. D. —l
15 15 15 15
Loi giai
Chon

B
(f'(x)) + 4(6x2—1)f( )= 40x° —44x* +32x> — 4

j (f'(x dx+j4 (6+° —1)f(x)dxzj(40x6—44x4+32x2—4)dx. (1)

0

Xét I=j4(6x2 —1).f()c)a’x=j(24x2 —4)f(x)dx.

0

N {u=f(x) :{duzf’(x)dx.

ba dv=(24x2 —4)dx v=8x"—4x

:(8x3 —4x).f(x)‘; —':[(8x3 —4x).f'(x)dx = 4—2_'.(4)c3 —2x).f'(x)dx.

Do do:
1 1
:>I dx ZJ. 4x —Zx)f (x)dx+'(|:(4x3—2x)2 dxz_([(56x6—60x4+36x2—S)dx.
:I[ 4x —2x)] dx=0= f'(x)=4x"-2x= f(x)=x"-x"+c.

Ma f(I)=1=c=1 = f(x)=x4—x2+l.
Do d6 .:[f(x)dxzj(x“—szrl)dx:%.

0

Ciau95. Cho ham s6 f(x) c6 dao ham lién tuc tréen R va thoa man f(0)=3va

2
S(X)+ f(2=x)=x"~2x+2,Vx € R. Tich phan [xf"(x)dx bing

0

A2 B. 2. c.2 p. =19
3 3 3 3
Loi gidi
Chon D
Cach 1.

2 2
Ap dung cong thirc tich phan timg phan, ta co: Ixf "(x)dx = xf (x)|(2) - ‘[ f(x)dx.
0 0

Tr f(X)+ f2-x)=x>-2x+2,VxeR (1)
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Thay x=0 vao (1) taduge f(0)+f(2)=2= f(2)=2~-f(0)=2-3=~1

Xét [ = j £(x)dx

x=0=>¢r=2

Pat x=2—t = dx=—dt, ddi can:
x=2=1t=0

Khi d6 I:—if(Z—t)dt:jf(Z—t)dt:I:.z[f(2—x)dx

ct—

2
Do dé taco [(f(x)+f(2—x))dx j(x ~2x+2) dx<:>2j.f(x)dx=—<:>jf(x)dx—§
; S 0 10
Vay [xf'(x)dx = xf (x)]; - [ £ (x)dx =2.(-1) —5 =
0 0
Cach 2.
T {f(x)+f(2—x)=x2—2x+2 (1)
f(0)=3
1
Thay x=0;x=1 vao (1) ta dugc f(2)=—1;f(1)25-
c=3 c=3
Xét ham sd f(x) = ax® + bx+c tir gia thiét trén ta co a+b+c:% o a:%‘
4a+2b+c=-1 b=-3
. L : [ B 10
Vay f(x):Ex -3x+3= f'(x)=x-3 suyra J'xf(x)dxzjx(x—3)dx=—?.
0 0

Cau96. Cho ham sb y=f(x) c6 dao ham lién tuc trén [2;4] va f'(x)>0, Vxe[2;4]. Biét

ax’ f(x)=[/"(x)] —x3,‘v’xe[2;4],f(2)=%.Giétri ciia f(4) bang

A 40\6—1. B 20\6—1. c 20\6—1. D. 40\6—1.
2 4 2 = 4
Léi giai
Chon D

Ta co: f'(x)>0, Vxe[2;4] nén ham sé y=f(x) ddng bién trén [2;4] = f(x)>f(2) ma
f(2)=%. Do d6: f(x)>0,Vxe[2;4].

<~

Tir gia thiét ta co: 4x3f(x [f ] X ox [4f(x)+1] =[f’(x)]3
)

<:”C'Q/W:f'(x ﬁ—
Suy ra: j#\/%dx:jx jdgH] 5t <:>§3[4f(x)+1]2=x—22+c.

7

3 1
== >=2+CC=——.
fR)=g =2 2

4045 -1
—

Vay: f(x)= = f(4)=
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Cau 98.
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Cho ham sé f(x) c6 dao ham lién tuc trén [0;2] va théa f(1)=0,

1
(f'(x)) +4f(x)= 8x” —32x+28 v6i moi x thude [ . Gia tri cta If x)dx bing
0

A -2 g.f. Cc.-=. . 1%
3 3 3 3
Loi giai
Chen B
2
it 1 =[2f (x)dx
1
Dung tich phén timg phan, ta co: {u - f(x) = {du =/ (x)dx‘
dv=2dx v=2x-4
2 2
I=(2x-4) f (x)] = [ (2x-4) /" (x)dv=—[ (2x~4) /" (x) dx.
1 1
2
Taco (/'(x)) +4f(x)=8x>~32x+28 :>j dx+2j2f dr = [(8x" —32x+28)dx
1

(f’(x))zdx—2_2[(2x—4)f’(x)dx+j.(2x—4) dx =j(8x2 ~32x+28 dx+j.(2x—4)2dx

1

~

& [[f(x)-(2x-4)]de=0 f/(x)=2x-4 = f(x)=x*~4x+C, CeR.
1 1
Ma f(1)=0=>C=3 :>f(x)=x2—4x+3:If(x)dx=j(x2—4x+3)dx=§.
0 0
2
Cho ham sb f(x) lién tuc trén [O;l] va f(x)+f(l—x)=Lxl+3, ‘v’xe[O;l]. Tinh
X+
1
jf(x)dx
0
3 3 3
A. =+2In2. B.3+In2. C. ~+In2. D. =+2In2.
4 4 2
Loi giai

Chen C

e X , X +2x+3 . o n .
Theo gia thiét, ta co: f(x)+f(1—x)=T, Vxe[O;l] va f(x) lién tyc trén [O;l] nén

X

j[f(x)+f(1—x)]dx jx +2x+3dx jf dx+jf(1—x)dx=jwdx (1)
0 o x+l 0 o X+l

Pat1—-x=¢ thi dx=-d¢, véi1 x = 0:>t—1,V01 x=1=¢t=0
1 1

Do dé:':[f(l—x)dx:—j:f(t)dt:j;f(t)dt:':[f(x)dx :if(x)dx+£f(l—x)dxz2£f(x)dx
Q).

1 1

+1 ! 2
Lai ¢ (x dx j(x+l+—) = x—+x+21n|x+l|
x+1 0 2

:%+21n2 3)

o'—.

0

Tur (1), (2) va (3) suy ra 2If(x)dx:%+2ln2@If(x)dx:%+ln2.
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Cau99. Cho ham s6 y = f(x) lién tyc trén R thoa man 3£ (x)+ f(2-x) = 2(x—1)e" ' +4. Tinh tich

2
phan [ = jf(x)dx ta dugc két qua:
0

A. T=e+4. B. [=8. C.1=2. D. [=e+2.
Léi giai
Chon C

Theo gia thuyét ta c6 j[3 f(x)+ f(z—x)]dxzj[z(x—l)exz““ +4dv ().

Ta tinh j.f(Z—x)dxz—If d(2—x) =ff

0

Vi vay j[3f(x)+f(2—x)]dx=4jf(x)dx

2 2 2
Hon nira [2(x—1)e”*"dv = [e" *!d(x* —2x+1) = ¢ " Z =0 va [4dx=8.
20 , 0 0
Suy ra 4jf(x)dx:8<:>_[f(x)dx:2.
0 0
Cau 100. Cho ham s6 f (x) lién tuc trén R thoa man

0
xf(xs)+f(1—x4):x11 +x*+x° =3x* +x+3,VxeR. Khi d6 J.f(x)dx bang
-1

A2 B. -2 c.-. D.>.
6 4 24 )
Loi giai
Chen D

V61 VxeR taco: xf(x5)+f(1—x4):x“+x8+x6—3x4+x+3

:>x4f(x5)+x3f(l—x4)=xl4+x“+x9—3x7+x4+3x3 *)

:>Ix4f(x5)dx+jx3f(l—x4)dx=j(xl4+x“ +x° —3x7+x4+3x3)dx
0 0

<:>%if(xS)d(xS)—i]jf(l—x“)d(l—x“) 3
@%j:f(x)dx+ij;f(x)dx=% .:[f( v =1

Trang 56 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021
Cau 101. Cho ham s6 f(x)lién tuc trén % 1 va théa min 2fDxDD5f§ §D3x Ox0O= o 1 . Khi dé

i

W | =

O[] In3x.f '[3x0dx bang:
2

15

AlmZo2 B.in2o2.  colwlol. polmiol
5 5 35 5 2 35 5 2 35 5 5 35
Loi giai
Chon B

Cach 1: Ty Luan
Ta co: ZfDxDDSfES

i

%D?)x DxDzl )
X 15

03, 0x D—l
X
2
lf lfs_x% 1 9
O D—d 05[] a0 3dx0= (2)
2 2 2 5
s s s
2
lfésé 2d
Xét 1, 05[] dxdtuD—DduDD—d DD——“Dd
5 5x x u
B
ngDuDl
Déi can: > 5
xO1 0w 00—
5
2
> flull i A
07,005 Df—”d 050 L 0sp L
1 , U ;X
5 5
Ix ' fIxD
Tir (2) suy ra, 2D f—deSD f—xde%
X
: :
0x[]
Dfxde—
X 35
g
1
Tinh 7 O[] In3x. /'[3xkx .
E
. xD%Dz‘Dz
Bt 1 03x 0 dr 0 3dx 0 S 0 . DGi cin: 15 >
x0Z0¢01

1
O ID%D Inz.f et

5
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_ BulUlInt du la’t
Dat: a0 £ O t
A%
v f(0)

0= (1 tf(t))| O- Df(’)dzmm In= f()

5

Tinh ZfDxDDSfE EDM Ox O] g 1
Cho xO1;x O % vao (1) ta c6 hé phuong trinh sau:

20100 5]@%@53 fHOdo
05 1283
ZfE%EDSfDIDDg f%EEDE

Suyra, 100~ 22020 1m202
35 5 3 5 2 35

Cau 102. Cho ham s6 f(x) lién tuc trén Rva thoa man f(x)+2xf(x*)=2x"+3x"—x—1 v6i xeR.

1
Tinh tich phan J- xf"(x)dx .
0

S B.>. .2 D. L.
4 =4 4 2
Loi giai
Chon B

1
, y 1
Ap dung cong thirc tich phan ting phan, ta co: Ixf’(x)dx = xf(x) 0 —If(x)dx (*)
0

Tu f(x)+2xf(x2)=2x7+3x3—x—1 (1)
Thay x =1 vao (1) ta dugc f(1)+2f(1)=3:>f(1)=1 (2)
Mit khac tir (1) ta co jf(x)dx+j2xf(x2)dx=j(2x7+3x3—x—l)dx

0

:>j;f(x)dx+;[f(x2)d(x2)=—l:>2;[f(x) =—%:if(x)dx=—%(3)
Thay (2), (3) vao (*) ta dugc jxf’(x)dx=l+%=%

0

Céu 103. Cho ham s f (x) lién tyc trén R thoa man

2x-2) —x'+x +4x-4 0
xf(l x)+2f( X j A al ,Vx#0,x#1. Khi do If(x)dx c6 gia tri la
-1

X
1 3

A. 0. B. 1. C. —. D. >
2 2

Loi gii
Chon A
. 2x-2Y) —x'+x +4x—4

T gia thiét suy ra f(1—x)+ f( i j al x3 al

X
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1 X X
r ‘ : 4 212
<:>—_([f(t)dt+'([f(t)dt:(—x—+ _§+7J1

1
Vay [ f(x)dx=
1
Cich trac nghiém

2x-2 P+ 4x—4
Ta co: xzf(l—x) 2f( i j B ,WVx#0,x#1
X X

<:>x2f(1—x)+2f(2x 2): Xrx A 4,‘v’x¢0,x¢1
X X X

<:>xzf(l—x)+2f(2x_2)=x2(l—x)+2(2x_2j,‘v’x¢O,x;tl
X x

Chonf x:>j f dxzj_llx.dxzo.

Cho ham s6 f (x) lién tuc trén R thoa man
f(x)+(x2_1)f(ix3—%x—%j—x —4x’ —=5x* +7x+6,Vx € R. Tich phan J.f(x)dx bang
A.l. B.l. C.7. D. —B
7 3 3
Loi giai
Chon C
Voi VxeR tacod: f(x)+(x2—1)f(%x3—%x—%j—x —4x’ =5x* +7x+6 (¥)
[ dx_lzl 1333dx—_1543527 6 )dx
:>_[f(x) +jx— fzx —Zx—E —J;(x—x—er X+ )
I 3 3).(1, 3 3 35
@_J;f( dx+ J'f[—x —Z —Ejd[zx3—zx—5j:—?
35 7
o [ f(x)dc+ jf( dx——? [ f(x)dx==-5
) -2
Mait khac : (*):jf(x)dx+j(x2—l)f(lx3—§x—§jdx=j(x5—4x3—5x2+7x+6 )dx
' ' 1 4= 4 2 !
[ 3 3) (1, 3 3) 1
= [y Jf( PR
f : 1 4
dx = dx==———(-5)=7
= [/ (x)dv jf =3 [/ (¥)dr=2-2(-5)
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Céu 105. (Chuyén Bién Hoa - Ha Nam - 2020) Cho ham s6 f(x) lién tuc trén [-1;2] va théa mén diéu

Cau 106.

Cau 107.

kién f(x)=~x+2+xf(3-x7).

2
Tich phan I = j f(x)dx bang

A1=12 g.]:ﬁ. =% D.[=2.
3 3 3
Loi gii
Chon B

Tacol = j[\/x+2 +xf(3—x2)]dx = jx/x+2dx+jxf(3—x2)dx =%+j[xf(3—x2)dx

Xét Ixf3 x)dx dat t=3-x’ :>dt——2xdx:>xdx——%

-1 2
Déicankhi x=-1=¢=2; x=2=>¢=—-1.Suyra jxf(3—x2)dx=—ljf(t)dt=%jf(t)dt.
-1

-1

Khi d6 1=%+_2[xf( )dx—— —jf(z)dt _[f( X)dx < =%+;:1_?

(Hau Ljc 2 - Thanh Héa - 2020) Cho ham sé f (x) ¢6 dao ham cép hai trén doan [O;I]déng
thoi thoa man cc didu kien f7(0)=—1,/"(x)<0,[f'(x)] = f"(x),vxe[0;1]. Gid ti
f(O)—f(l) thudc khoang

A. (1;2). B. (-1,0). C. (0;1). D. (-2-1).
Loi gidi
Chon C
NP f"(x) S"(x) -1

f'(x)| =f"(x)e =1 sdx=|dx<——=x+C
B VTR P R A&

, 1 - , -1
f(O):—1:>_—1:O+C<:>C:1:>f,(x):x+1<:>f(x):ﬁ

: P -l 0
f(O)—f(l):If (x)dxz!mdx:—ln|x+l| | =In2e(0;1)

1

(Chuyén  Bén  Tre - 20200 Cho ham s& y=f(x) thoa man
[f'()c)]2 +f(x).f (x)=x"-2x,Yxe R va f(0)=f(0)=2.Tinh gid tri cua T = f*(2)
10 g, 28 et p, 28
15 15 15 30
Loi gidi
Chon B

Taco: [ f/()] +f(0.f (x)=x'~2x,VxeR

& (f@)f() =x’ ~2xVreR

Lay nguyén ham hai vé ta co:
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Cau 108.

Cau 109.

TAI LIEU ON THI THPTQG 2021

J(f (x). f(x)) dx = J.(x —Zx)dx
@f'(x).f(x)—j—x +C

Theo dérata co: f'(0).f(0)=C=4

Suy ra:

jf(x)f(x)dx I[%—x +4]d

0

AE)
2

04

268
T e ="

0

(Chuyén Thai Binh - 2020) Cho f(x) la ham s6 lién tuc trén tap xac dinh R* va thoa méan

f(x* +3x+1)=x+2. Tinh Izjf(x)dx

A B. 227 c. 8 p. 24
6 3 =6 3
Loi giai
Chon C

f(x2+3x—|—1):x—|—2
& (2x+3) f(* +3x+1) = (2x+3)(x+2)
@j(Zx—kB)f(x +3x+1)d j 2x+3)(x+2)dx %

Pat t=x" +3x+1=dt=(2x+3)dx

X 0
t 1 5

5
Suy ra ff(t)dt:g
1

(Chuyén Chu Vin An - 2020) Cho ham s y= f (x) lién tyc, c6 dao ham trén R thoa mén diéu
3
kién f(x)+x(f'(x)—2sinx) x*cosx,xe R va f( jz— .Tinh J.

A. 0. B. C.1. D. r.

NN

Loi giai
Chon A
Tur gia thiét f(x)+x(f'(x) - 2sinx)=x’ cosx
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& f(x)+xf (x) =x" cosx+2xsinx

& (xf(x))’ = (x2 sin x)’

<:>xf(x) =x"sinx+C

Mt khéc: f(%}z%:CzO:f(x)zxsinx.

T

xf"(x)dx =xf"(x )|0% _Z[f'(x)dx:xzcosx+2xsinx—2f(x)|§

Ta co:

S =N

T
= x* c0s X + 2xsin x — 2x sin x|2

V2
= x> cosx|2=0

3 . 2
Cau 110. (Chuyén Lé Hong Phong - Nam Dinh - 2020) Cho ham s6 f(x) thoa man f(O)zE va

1
(\/;+ x+l)f'(x)=l,Vx2—l. Biét ring J.f(x)d =4 2+h voi a,beZ. Tinh T =a+b.
0
A. -8. B. -24. C. 24. D. 8.
Loi giai
Chon B

Ta co: (\/;'f- x+l)f'(x)=l,VxZ—l.
1

DR

(M= [
:>J.f (x)dx—jer\/;d
:If'(x)dxzj(m—\/;)dx
= () =5y(x 1) - e
22 202 2 T2 5
Mitkhic: f(0)=3=3=3-7+Ce C=0= f()=14(x+]) ——\/x_.
_162-8

Do d6: j;f(x) ( \/xT——J_)dx @%JT)%% ) 15

=a=16b=-8=T=a+b=8.

0

Cau 111. (Chuyén Hung Yén - 2020) Cho ham s6 f(x) lién tuc trén doan [0;1] théa man

4x.f(x*)+3f(1-x)=+1-x" . Tinh Izjf(x)dx

AL B. = c. =~ p. =~
4 16 =20 6
Loi gidi

Chon C

Lay tich phan hai vé, ta c6 J.[4xf( )+3f I-x ] ~[\/1 X dx
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1
Xét tich phan J:J.\II—xzdx . Pat x =sint = dx = costds . Khi do, ta co
0

z
2

cos’tdt =

N | —
S =N

ot—ly

| 3
J = lel—xzdx = I\/I—sin2 t.costdt =
0 0

(1+cos2t)dr :l(t+ st 2tj
2 2

z
7

0
1

Xét tich phan K = [4x.f (x*)dv. Dt = x" = dr =2xdx. Khi d6, ta c6
0

1 1

K =j4x.f(x2)dx=2jf(t)dt=2jf(x)dx.

0 0

1
Xét tich phan L= {3/ (1-x)dv. Dt £ =1-x=>dr =—dv. Khi o, ta c6
0

0

Ciu 112. (Chuyén Nguyén Binh Khiém - Quing Nam - 2020) Cho ham sé f (x) lién tyc trén khoang
5
(0;+00). Biét £(3)=3 va xf'(2x+1)— f(2x+1) =x",Vx & (0;+00). Gia trj cta If(x)dx bang

3

A2 B2 B D. 88.
3 3 4
Loi giai
Chon B
Ta co:

2x2f'(2x+1)—2xf(2x+1)

4
X

WEC) N

xf'(2x+l)—f(2x+l)zx3 =

=2,Vx e(0;+0).

2 2
X X

Chox =1t (1) = f(3) —2.1+C<:>%=2.1+C:>C=1:f(2x+l)=x2(2x+1)=2x3+x2.

2

3 2

:>j.f(Zx+1)dx=j.(2x3 +x2)dx=(2x7:+x?J

1

:jf(x)dx=2jf(2x+l)dx=%.
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Cau 113. (Chuyén Thai Binh - 2020) Cho ham ) f (x) c6 dao ham va déng bién trén [1;4], thoa man

x+2xf (x [f )]2 véi moi x e[1;4]. Biét f(l)z%,tinh Izjtf(x)dx

1188 1187 1186 9
A —. B. —. C.—. D. —.
45 45 = 45 2
Loi giai
Chon C

Do f(x) dong bién trén [1;4] nén f(x)> f(1) =%> —% ,ngoaira f'(x)>0,Vxe[L;4]. Khi do

ta cO bién doi sau:

x+2xf (x)=[ /(%) PR ACI B~

<:>( 2f(x)+1)l=(§\/x73+CJ @1/2f(x)+1=§\/x73+c
2~ 4Y
2] -

2

Méf(l)-gjc-f:fu)-( TR A

Y1186

Vay I = J'f x)dx—(—x +—x2\f j T

1

Ciu 114. (Chuyén Thing Long - DPa Lat - 2018) Cho ham sé f(x) lién tuc trén R thao man:

7f(x)+4f(4—x)=2018x\/x2+9 , VxeR. Tinh Izj‘.f(x)dx

A 2018 g, 7063 c %8 p, 197764
11 3 3 = 33
Loi giai

Taco: 7f(x)+4/(4—x)=2018xvx*+9 :>f(x)z—if(4—x)+20718x\/x2+9.

4

Khi do 1=if(x)dx 3jf(4 x)det 2 lgjx\/ 9dx (

0 0
4 4 0 4
Xét: [ f(4-x)dx,dit 1=4-x, =dt=—dx nén [ f(4—x)de=—[ f(t)de=[f(t)dx=1
0 0 4 0
4
Xét: jx x2+9dx, dit u=vx*+9 = u’ =x> +9 = udu = xdx .
0
4 P 3 98
Nén J.x x2+9dx=J.u2du=— =—
0 3 3, 3

Ciu 115. (THPT Ba Pinh 2019) Ham sé f (x) c6 dao ham dén cdp hai trén R théa man:
2
fz(l—x):(x2 +3)f(x+1). Biétrang f(x)#0,VxeR, tinh I=J.(2x—1)f"(x)dx.
0

A. 8. B. 0. C. 4. D. 4.
Loi giai
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2

,f(x+1):>f4(1—x)=(x2+3) fz(x+1) (1)

= I = [(4x-2)dv =(2+° —2x)‘

0

=4,

|

Céu 116. Cho ham s6 y = f(x) c¢6 dao ham lién tyc trén R thoa man x.f(x)./'(x) = f*(x)—x,VxeR va
2
c6 f(2)=1.Tichphan [ f(x)dx
0
A B. 2 C2 D. 4
2 3
Loi giai
Chon C
Ta co:
x.f(x).f'(x)= f7(x)—x & 2x.f(x).f'(x) =27 (x)-2x
2 2 2
20 f (X)L 1(xX)+ 2(x) =317 (x) - 2x < I(x.fz(x))'dx = 3jf2(x)dx—j2xdx
0 0 0
5 2
& (x/2() 0=31—4@2=31—4@1=2
Ciu 117. (THPT DPong Son Thanh Héa 2019) Cho ham s f(x) nhan gia tri khong am va c6 dao ham
lién tuc trén R théa man f’(x) =(2x+1)[f(x)]2 ,VxeR va f(O) =—1. Gia tri cua tich phan
1 N
Iof(x)dx bang
AL B. —In2. C —”—*/5. D.—2”‘/§.
6 9 9
Loi giai
' _ 2 _f’(x) _
f(x)—(2x+l)[f(x)} ,VxeR= 2——(2x+1),‘v’xeR
[/ (x)]
1 !
= =—(2x+1),VxeR
[f(x)J (et
A 1 1
Vay f(x) =—J.(2x+1)d.x:—x2 —X+C:>f()C)=m.
Do f(0)=-1=C=-1.Vay f(x)=- !

X x4l
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-t e

1+tan’¢
&dt:_Tf

__mB

~ H
bat x+l=£tant,te —ﬂ-;Z . Suy ra Iz—f =
2 2 2 2 . 9

3

CMN'—.M\N

(1+tan2 t)

Cau 118. Cho ham sb f(x) c6 dao ham lién tuc trén R, f(0)=0,f'(0)¢0 va thdéa man hé
thl'rcf(x).f'(x)+18x2 =(3x2 +x)f'(x)+(6x+1)f(x);v eR.

1
Biét J.(x + l)ef(x)dx =ae’ +b,(a,b € Q) .Gidtricua a—b béng

Al B. 2. C. 0. D. %

loi giai
Chon A
Ta co f(x).f'(x)+18x2 =(3x2 +x)f'(x)+(6x+l)f(x)

/(%)
liy nguyén ham 2 vé ta duge: ~ 5 +6x =(3x2+x)f(x)
= 6x>

:>f2(x)—2(3x2+x)f(x)+12x3=0:> (x g

x)=2x

THI: f(x) = 6x° khong thoa min két qua I(x+ l)ef(x)dx =ae’ +b,(a,b €Q)
0
1

1
TH2: f(x)=2x:>J.(x+l)ef(X)dx I(x+1) 2xa’x—%e —% Suyra a=

0 0

Vay a-b=1
Cau 119. (Chuyén Tran Pha Hai Phong 2019) Cho ham sé f(x) théa man f(x)>0 va

2
2 . .
- _M Vx e(0;1). Biet f(%j = %, khang dinh nao sau day dang?

f(X) _f,(x) - ex.x.m
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s 2(Ve+2
)
5
Cho ham sb f (x) lién tyc va nhan gia tri khong am trén doan [0;1]. Gia tri nho nhét cua biéu

thiae M :j;[Zf(x)+3x]f(x)dx—.(1[[4f(x)+x],/xf(x)dx bang

A — B. —— - D. ——
24 8 12 6
Loi giai
Chon A
1
Taco M :j[2f (x)+3xf(x) \/xf x\/xf(x)}ix
0

i [-(ﬁ —Jf(x))Jf(x)[(Jf(x) E) - f(x)ﬂdx
Déta:f—m,bzmthi

i[ ab(a> +b’ ]dx>j{ azb)z.(azb)z}dxzi—%dx}i.

M

(Chuyén Nguyén Trai Hai Dwong -2019) Cho ham s6 f (x) c6 dao ham lién tuc trén R,
£(0)=0,/(0)£0 va thoa man hé thirc
F(x).f"(x)+18x° =(3x2 +x)f'(x)+(6x+1)f(x),VxeR.

1
Biét [(x+1)e’"dx=ae’ +b,véi a;p e Q. Gid tri cia a—b bing,
0

Al B. 2. C.0. D.

W | N

Loi giai
Taco f(x).f’(x)+18x2 =(3x2 +x)f’(x)+(6x+l)f(x)
:>'f[f x)+18x ]dx I[(3x2+x)f'(x)+(6x+1)f(x)}dx
:I{ +6x}dx j[3x +x)f( )},dx
:>5f2()c)+6x3 =(3x2 +x)f(x)+C,V('7i C 1a hang sé.
Mit khac: theo gia thiét f(0)=0 nén C=0.

Khi do %fz (x)+6x° =(3x2 +x)f(x)(l),‘v’xeR.
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(1)<::>f2(x)+12x3 =(6x2+2x)f(x) <:>[f(x)—2x:|[f(x)—6x2]=0 = f(x)=6x2'

Truong hop 1: Véi f(x)=6x2,VxeR, ta co f'(0)=0 (loai).
Truong hop 2: Voi f(x) =2x,VxeR, taco:

1 1 2x 1 2x
J.(x+1)ef(x)dxzj(x+l)ezxdx= Gerl)em | e B
) J 2 ), 12 4 a
a2
= 41:>a—b=1.
he——
4

j;[fz(x)—Zf(x).(3—x)]dx:—%. Tinh Ef;(fidx

A. lnZ B. In— C. lnE D lng.
Loi giai

1172760 ]ar="C = [[(7()-(-0)) ~(3-2 Jar=-'2

X —

1
l —
x+lJ

:(—1n|x+1|+1n
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(Chuyén Hung Vwong - Phi The - 2018) Cho ham s f(x) x4 dinh trén [O;%} thoa man

j[ 2\/_f( )sin(x—%ﬂdxzz_Tﬁ. Tich phan j.f(x)dx bang

Az B. 0. C.1. p. Z.

4 2

Loi giai
Ta c6
: I ICI-
J.2sin2 (x——jdx = J{l—cos(h——ﬂdx = J.(l—sian)dx
0 4 0 2 0
g
=[x+lcos2xj :7r_2
2 0

Do do6

j [ﬁ (x)—zﬁﬂx)sin(x_gﬂdx+jzsmz(x_gjdx Lr T2

0

fz(x)—2\/§f(x)sin(x—%j+2sin (x—zﬂdx 0

0

Sl 0 [y O 0|y

f(x)—\/isin(x—%ﬂzdxzo

Suyra f(x)- \/Esm(x—zj 0,hay f(x)= \/Esin(x—%j.

z
2

=0.

if(x)dx iﬁsm(x—zjdx =2 cos(x_%j

(THPT Héu Ljc 2 - TH - 2018) Cho s6 thuc a > 0. Gia sit ham s6 f(x) lién tuc va luén duong

0

trén doan [0;a] théa man f(x).f(a—x)=1. Tinh tich phén / = f—dx ?

/(%)

2a c.1=%. D.I=a.

A 1="2 B. /=2,
3 =7
Loi giai
Patt=a—-x=dt=-dx.
1

; L
o o il Yo e o e

Thay vao ta dugc /

Suyra 0= ( ) f(x) dx, do ham s6 f(x) lién tuc va ludn dwong trén doan
y g

(L7 (x))(1+ f (a=x))

[0;a]. Suyra f(a—x)=f(x), trén doan [0;a].
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Cau 125.

Cau 126.

Ly
2

Ma f(x).f(a=x)=1= f(x)=1.Vay [ = 5

S —y

(Chuyén Phan Bji Chau - Ngh¢ An - 2018) Xét ham s6 f'(x) lién tyc trén doan [0;1] va théa

mén 2/ (x)+3/(1-x)=~1-x. Tich phan j.f(x)dx bang

A2 B. L. c. 2. D.>.
3 6 =15 5
Loi giai

Taco: 2/ (x)+3f (1-x)=V1-x (1)
bit 1 =1-x= x=1-¢, phuong trinh (1) tré thanh 2f(1—t)+3f(t):\/;
Thay ¢ bsi x ta dugc phuong trinh 3f(x)+2f(1—x):\/; (2)
21 (x)+3/(1-x)=+1-x

Tu (1) va (2)ta co hé ph trinh
ir (1) va (2)ta c6 hé phuong trin {3f(x)+2f(1—x)=\/;

:»f(x)zé(sx/}—zx/ﬁ)

= [ r(an =L (s -2 2 i -2 [T

0 0

1
*Xét 1:j\/§dx
0

Détu:\/;:uzzx = dx =2udu
Poicin: x=0=u=0:x=1=u=1

1 3!
:[=2ju2du=2L 2
0 3

3

0
1

*Xét J:f\/l—xdx
0

Pit v=+l-x =V’ =1-x = dx=-2vdv
Pdican: x=0=v=1;x=1=v=0

0 1 3!
3J=—2J.v2dv=2jlv2dv=2l =z
1 0 3], 3
1 32 22 2
dx=——-=—=—.
3If(x) 53 53 15

0
(Ha Tinh - 2018) Cho ham s6 f(x) dong bién, c6 dao ham dén cap hai trén doan [0;2] va théa

méan [ /(x)] = f(x)./"(x)+[ f'(x)] =0.Biét £(0)=1, f(2)=¢".Khid6 (1) bing

A. e, B. 2. C.e. D. e2.

SRRV

Loi gidi
Theo bai ra ta c6 ham s6 f'(x) dong bién trén [0;2] = f(x)= £(0)=1>0 do do
f(x)>0 Vxe[0;2].
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s [7@] e
! {f(xﬂ [f(x)]z

Theo dé bai [ £ (x)] — f (x).f"(x)+[ /'(x)] =

= P09 0)-Lr W] =L ] = [jﬁfﬂ -

2

ACINPIS L

qE Eiaee flerpaes [tsart)= o]

PACY

o'—.w

0

2 '
=2+2C :>ln‘e6‘—ln|l|:2+2C3C=2:Lx):x+2.

0 f(x)

1 2
= (x__'_ ZxJ
o U2

(THPT Ham Réng - Thanh Héa - 2018) Cho ham s y=f(x) c6 dao ham trén [0;3];

:1n|f(x)|

1

Do d6 In f'(x) :>1nf(1):§:>f(1)=e

0

f(3-x).f(x)=Lf(x)=-1 v6i moi xe[0;3] va f(O)z%. Tinh tich phan:

=
N | W

Al B2 cl
2 2
Loi giai

(1+ £ (3=x)) /2 (x) = £2 (x)+ 2./ 3=2). /> (x)+ L2 (3-x).f ()

LP(x)+2.f (x)+1=(f (x)+1)
]:j )c.f’(x)2

01+f(x))

u=x du = dx
Pty S() =y 1

(1+f(x))2 1+ f(x)

X |3+3 ddx -3
T, £1+f(x)_1+f() .

F(0)=5=1(3)=2

batt=3—-x=dt =—dx
Ddican x=0=¢=3
x=3=1¢t=0

3

h= I1+f3 1) !

2 2 f(x).dx
dl:!lf)
/(%)
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31
—I +f( ; x=3=1 —3

3
Vay I =-1+—=
y 2

I\)I_‘

a

Cau 128. (S& Binh Phuéc - 2018) Cho s thuyc a >0. Gia sir ham s6 f(x) lién tyc va ludn duong trén
1

doan [0;a] théa man f(x).f(a—x)=1. Tinh tich phan / = J.de?
A 1=2 B. /=2, C.l=a. D. 1=
3 2 3
Loi giai
—Détt:a—x:dxz—dt;déicén:x=0:>t=a,x=a:>t=0.
a 1 _a 1 _a 1 _a f(x)
! (x) -([1+f(a—t)dt_'([1+f(a—x)dx_-!.1+ 1 dx_!uf(x)dx
/(%)
:j' ! dx+jl. f( —J.1+f )dx—]l.dxzxaza
o 1+ f(x) o 1+ f(x) o 1+ f(x) 0

a
Vay I =—.
1y 5

Céu 129. (THCS&THPT Nguyén Khuyén - Binh Dwong - 2018) Cho ham s6 y = f(x) 1a ham s6 1¢é trén

R va dong thoi théa man hai diéu kién f(x+1)= f(x)+1, VxeR va f(lj:sz), Vx#0.
X X

1
Goi [ = J f dx Hay chon khing dinh dting vé gia tri cua 7 .

0
A. Ie(—l;O). B. / £(1;2). C. Ie(0;1). D. [ e(-2;-1).

Loi giai
-Pat y = f(x). Khi do tir gia thiét ta c6 :
y+1 ( 1 j y+1
x+1 +1, = , - =— .
flrl)=y f( +1j (x+1) / x+1 (x+1)°
2
Suy ra f(ijzf(—Lﬂj :f(—Ljﬂ S T B o b Y
x+1 x+1 x+1 (x+1) (x+1)

Va f(XHJ f(1+lj=1+f(lj=1+lz=x2fy,
X X

X 1 X X X' +y
= = S = 2).
f(xﬂ] / x+1 ()Hljz (xﬂjz (x+1)° (2)
X x x
X +2x—y X +y 5 ,
(x+1)2 :(X+1)2 PXAdoy=aty S y=xhay f(x)=x.

-Tur (1) va (2) suyra:
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1

‘ 1 Ld(x?+1
Do dé: 1= | Zf(x) dx = [ dx:lj (i )zlln(xzﬂ) ~Lin2~0,35.
5 /7 (x)+1 o X +1 29 x"+1 2 o 2
Vay 1€(0;1).
(PHQG Ha Ni - 2020) Cho ham sé f(x)lién tyc trén doan [0;1] théa man diéu kién

1 1 1
j S(x)dx=2va [ xf (x)dx = % Hoi gid tri nho nhét ciia [ #(x)dx bang bao nhiéu?
0 0

A. 2 B. ﬁ C. 7. D. 8.
4 5
Loi giai
Chgn C
1 2
Ta tim ham ax+b théa man I[f(x)—(aerb)] dx=0= f(x)=ax+b

0

1 1
[ rodx=2 (%szrbxj 2 fa,,_,
0 - 0 PN 2 e d—6he]
1 1 9 .
3 a b 3 a b 3
xf (x)dx == (_X3+_xzj _3 a,0_2
"(I). 2 3 27 ), 2 3 2 2

+j[f(x)—(6x—l)] dx>0

& j.fz (x)dx > 2j f(x)(6x—1)dx— j(6x ~1)’dx = 12j xf (x)dx — 2j f(x)dx —j. (6x—1)Ydx =7

(S& Phii Tho - 2020) Cho ham s6 f(x)>0 va co dao ham lién tyc trén R, thoa man
(x+1)f’(x)=% va f(0)= (1r122) Gia tri f(3) bang

A.%(4ln2—ln5)2. B. 4(4In2-n5)". g.%(4ln2—ln5)2. D. 2(4In2-1n5)".

Loi giai
Chon C

S) ) 1

x+2 \/f x x+1 x+2)'

Tacod (x+1) f'(x)=

Khi do6

3 f'(x) _3 1 3d(
dx—J dx<:>! (x+1) x+2

z[\/f(x) o (x+1)(x+2)

Q

\.,:

><
o'—.w

x+1

=21 (3)-21(0) ln——ln%
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Cau 132.

Cau 133.

= 2f(3)=In= +2\/f ) o Jr(3)== S (In8— 1n5)+,/f()
=\ 3ln2 ln5 +1n_2 Jf 41n2 1n5

Vay f(3)=%(41n2—ln5)2.

(S Phu Tho - 2020) Cho ham s6 f (x) lién tuc trén khoang (0;+oo) va thoa man

S(Vx) 2
f(x2+l)+ oy =
a+b+2c bing

29

17
In(x+1). Biét [ f(x)dx=aln5—2Inb+c Vi a,b,c € R. Gid tri ciia
1

A B.5. C.7 D. 37.
Loi gidi
Chon C
o F(Vx) 2xs ) S(Vx) 2xs
Ta c6 f(x +l)+ 4Ec\/;): ;: 1n(x+1)<:>xf(x +l)+ 4(\/;)= x2+ In(x+1).
Suyraj xf(x2+1)+f4(\/\/_;) dx:jzx;lln( 1)dx
1 X 1

2
l 20In5-2n2 -2
2 2

1

4
= l[201n5 21n2—2}
2 2

Do do jf (x)dr =20In5 - 21n2—%5:a 20,b=2,c=-2

Vay a+b+2c=7.

(THPT Nguyén Viét Xudn - 2020) Cho ham s f (x) lién tyc trén doan [0;1] théa man
1

6x° f(x*)+4f(1-x)=31-x* . Tinh jf(x)dx
0

B. ~. c. X D.
20 16

Loi giai

A.

oo |y
NG

Chon A
Tir gia thiét 6x° f(x3 ) +4f(1-x)=3y1-x", lay tich phan tir 0 dén 1 ctia 2 vé ta dugc
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j6x2f(x3)dx+j4f(l—x)dx=j3\/1—x2dx

bit 1, :jéxzf(x3)dx, 1, :j4f(1—x)dx, ]:j3\/1—x2dx.
0 0 0

1 1
+)Pat t = x* ta dugc I, =2If(t)dt=2jf(x)dx
0 0
1

+)Pat v=1-x ta dugc 1, :4jf(v)dv:4j.f(x)dx.

0

1
Tir d6 ta duge 7=6[ f(x)dx
0

1
+) Dit u =sinx ta dugc Iz%r,suyra If(x)dxz%.
0

Ciu134. (Yén Lac 2 - Vinh Phic - 2020) Cho ham sé y=/(x) lién tuc trén R. Biét

f(4x)=7(x)+4x"+2x va f(0)=2. Tinh I:j-f(x)dx.

A 147 B. 149 c. 148 p. 2.
63 63 63 63
Loi gidi
Chon D

Taco: f(4x)=f(x)+4x" +2x = f(4x) = f(x) =4x" +2x (1),
Suy ra: f(x) va f(4x) 12 ham sb bac ba.
Khi do: f(x)=axr’ +bx’ +cx+d(a#0) va f(4x)=64ax’ +16bx" +4cx+d .

Taco: f(4x)—f(x)=63ax’ +15bx° +3cx (2).

4
a=—
63
Tir (1) va (2) tasuyra: {b=0 . Mat khac: vi f(0)=2 nén d=2.
=2
3

* Chimg minh f'(X) 1a duy nhat.

Taco: f(x)=—=a' + 32 VA f(4x) = 20" 4 2as2: S (4) = f () =40 +2x.
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Suy ra: f(4x)_64_3(4x)3—§(4x):f(x)—64_3x3_§x.
Pt g (4x) = f (42) =5 (42)' =3 (4x) VA g(x)= f (x) =52 =3

Ta co: g(4x)=g(x); g(0)=f(0)22.

Suy ra: g<x):g(gjzg(%j:...:g(z’;j,neiu*

Khi 7 —>+00 suy ra g(x) =g(0

~—
Il
[\

Vay f(x)=64—3x3 —§x+2,‘v’x.

Cau 135. (Kim Thanh - Hai Dwong - 2020) Cho ham s0 f (x) ¢6 dao ham lién tuc trén [1;2] thoa man

2 2

J.(x— ) f(x )dx——— f(2)=0va J.[f )]2dx:7.Tinhtichphén I:J.f(x)dx

1 1
AT=L B.I=—_ c.r1=—". D. 1=

5 5 20 20
Loi giai
Chon B
1 0 2

Ta c6 [f’(x)—7(x—1)3}2 dx =j[f’(x)]2 dx—14j.f'(x)(x—1)3 dx+49j(x—1)6 dx=0

= f1(x)=7(x-1)' = £ (1) =7 (x-1) 7(’64‘1) ..
Ma f(2)=0 nén Cz—%.Suyra f(x):@—%.

\ 1—? f(x)d j Tx=l) 7  |dx= 7
ay 1 5
Ciu 136. (Lwong Thé Vinh - Ha Noi - 2020) Cho ham s6 y=f(x) lién tuc tréen R va thao man

1
sinx f(cosx)+cosx f(sinx)= sin2x—%sin3 2x v6i Vx e R. Tinh tich phan 1 = jf(x)dx bang
0

AL B. 1. g.l. p. L.
6 18 3
Loi giai
Chon C

sinxf(cosx)+cosxf(sinx) =sin 2x—%sin3 2x

Trang 76 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021

3
cosx f (sinx)dx :j(sin 2x—%sin3 2x)dx
0

oty

3
= Isinxf(cosx)der
0

1—cos® 2x
3
= if dt+jf —1(20052x+cos 2xj2
1 2( 3 9 o
1
1 2 -1 2 1
e[ 3364
-([ '[ 2 3 9 3 9
1 1 7

Ciu 137. (Chuyén Lam Sen 2019) Cho ham s f'(x) c6 dao ham lién tuc trén [0;7]. Biét f(0)=2e va
f(x) théa man hé thue f'(x)+sinx.f (x)=cosx.e™",Vxe[0;7]. Tinh I = If(x)dx (lam tron
0
dén hang phan tram).
A. 1=6,55. B. 1 ~17,30. C. 1~10,31. D. 1=16,91.
Loi giai
Chon C

Gid thiét f'(x)+sinx.f(x)=cosxe™ < e f'(x)+e " .sinx.f(x)=cosx

<:>[e’°°”.f(X)], =cosx =e . f(x)=sinx+C (1).

Do f(0)=2e, thé vao (1) ta dugc C, =2 suyra f(x)=(2+sinx)e*.
Diing mdy tinh thi 7= [ f (x)dx = [(2+sin x).e**dr ~10,30532891.
0 0

Ciu 138. (Chuyén Thai Binh - 2019) Cho ham s6 f(x) lién tuc va nhan gi4 tri duong trén [0;1]. Biét

1
. . dx
f(x).f(1-x)=1 voi Vxe|0;1|. Tinh gia tri I =
()£ (1) o1 e
A.E. E.l. C. L D. 2.
2 2
Loi giai
1 f(x)

Ta co: f(x).f(l—x)+f(x)=l+f(x):>

1
dx
Xét I =
e
Pitt=l-x<x=1-t =>dx=-dr.Pdicin: x=0=¢=1; x=1=¢=0.
b ds i dx x)dx
Khido I =-
o J1+f(1 1) j1+f(1—z) I1+f(1 x) j1+f(x)
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11 1
J' J. Hf :J.dlehay 2[=l.V€1y]=l.
+f 1+f 01+f(t) 0 2

Cau 139. (THPT Cam Binh 2019) Cho ham s0 y= f(x)c6 dao ham trén khoang (0;+o0) théa man
3

X
f x)zx.ln —_—
( x.f (x)—f(x)
A.12In13-13. B. 13In13-12. C.12In13+13. D. 13In13+12.
Loi giai

Mat khac J.

5
Jvé /(1)=0. Tinh tich phan I = [ £ (x)dx
1

Chon B

. X
Tur gia thict va f(x)=x.In -
( ) [x.f (x)—

et = = .€

(%) ) E x.f’(x)—f(X) /-E(x) ~ f(x) fix) _
EORIE v B @’[ } o

Lay nguyén ham hai vé ciia (1) suyra e * = %+ C.

S(x) 2
Do f(l):O:C=%,néne : =2 +1:>f(x)=xlnx 1

i ).

x +1 2x x*+1

Pbat u=In =du= dx; dv=xdx, chon v=

x*+1

Theo cong thirc tich phén ting phén, ta dugc:
P 5

2 2 55
p=f XXl —jxdx=131n13—x— ~13In13-12.
2 2 2

11 1

Cau 140. Cho ham sb f(x) khong am, c6 dao ham trén doan [0;1] va théa man f(l)zl,

[2f (x)+1-x"] f'(x)=2x[1+ f(x)], Vx€[0;1]. Tich phan jf(x)dx bing

Al B.2. c L D>
3 2
Loi gidi
Chon C
Xét trén doan [0;1], theo d€ bai: [Zf( )+1-x ] 2x[1+f ]

= 2f(x).f'(x)=2x+(x2 —1).f'(x)+2x.f(x)

<:::>[f2 (x)]l =[x2 +(x2 —1).f(x)]
<:>f2(x)=x2+(x2—l).f(x)+C (1)

Thay x=1 vao (1) ta duoc: f2(1)=1+C<:>C=0 (vi f(l)z
Do do, (1) tro thanh: f7 (x)=x"+(x* =1).1 (x)
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(x)—1=x2—1+(x2—1).f(x)
<:>[f(x —1 [ (x)+1]=(x =1).[ £ (x) +1]
(x) 1=x"-1(vi f( )>0:>f(x)+1>0 Vxe[O;l])
< f(x)=

1 3
Viy jf(x)dxzszdxz% =§.
0

X

0 0
(Kinh Mon - Hai Dwong 2019) Cho ham s6 f(x) lién tyc trén R\{-1;0} théa méan diéu kién
f(1)=—21n2 va x.(x+1).f'(x)+f(x)=x2 +Xx (1) Biét f(2)=a+b.ln3 (a, b e@). Gia tri
cla 2(a2 +b2) la:

A2 B. 9. c.3 D. 2.
4 4 2
Loi giai
Chon B

Xét trén doan [1;2], chia ca hai vé ctia phuong trinh (1) cho (x+ 1)2 , ta duoc:

!

X ) e—] SN TR P )] e [

Ef (x)+(x+1)2-f(x)—x+1 :[x+1 f( )} x+1 = Lc+1 f( )} dx x+1dx
1 x

:ﬁ-f(x)JrCl:J.(l—mjdx == f(x)=x=In|x+1+C (2).

Theo gia thiét, f(1)=-2In2 nén thay x=1 vao phuong trinh (2), ta duoc:
%f(1)=1—1n2+C<:>—1n2=1—1n2+C<:>C=—1.
Thay x=2 vao (2), ta dugc:

%f(2)=2—1n3—1<:>f(2)=%—%ln3 Sa=
(S& Can The - 2019) Cho ham s6 y = f(x) x4c dinh va c6 dao ham f”(x) lién tyc trén [1;3];
f(x)#0,vxe[1;3]; f'(x)[l+f(x)]2 =(x—l)2 [f(x)]4 va  f(l)=-1. Biét ring
3

[f(x)dx=aln3+b(a,beZ), gid tri cia a+b bing

A. 4. B. 0. C.2. D.-1.
Loi giai

Chon B

S 2/ )

=(x-1).
A () () f (x)

Tu f'+f()F =x-D)’[f(0)]' &

Hay
I(f(x) 2 '), f(x)] :I(x_l)zdm_( I B J:l(x_l)uc@).

GO VAT CO RN €Y 370 fF) fv)) 3
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Do f(1)=-1nén C= % Thay vao (2) ta dugc (fg

+1j =—(x-1y :>f(x)=_—1.
X) X

3
Khi do: j_—ldx=—1n|x||3 =-In3+1=a=-1b=1,nén a+b’>=0.
. X ‘

Cach khac

! +1J S ey

Tu f'(x)[1 P=(x-1) ) '
a SO0+ S@F = (=D ()] ‘D(f(x) 1)

<:>—( ! +1] .(LH] =(x-1).

S (x) S (x)

Nén —J'( ! +1j2.( ! +1J/dxzj(x—1)2dx:>—_[[ ! +1j2d[L+1j=I(x—l)2dx.
S (x) S/(x) S (x) S (x)

+1] =%(x—1)3+C(2).

I 1
S =
uy ra 3 [f(x)

Do f(1)=-1 nén C=0. Thay vao (2)taduqc( ! +1J :—(x—1)3:>f(x):_—1.
S (x) X

Ciu 143. (Chuyén L& Quy DPon Quing Tri 2019) Cho ham s6 f(x) nhén gid tri duong va thoa man
f(O):l, (f'(x))3 =€X(f(X))2,Vxe]R.

Tinh f(3)
A. f(3)=1. B. f(3)=¢. C. f(3)=¢". D. /(3)=e.
Loi giai
Chon C
Taco (f'(x))3=e (f(x))z,Vxe]R@f'(x)=3e" YOS (x ’ /() = =</e*
J(/(x)
:3 f’(x) a’)c:33e"abc<:>3 ! df(x): e3dx<:>33f(x) :36§3
TR A TTE °

Yr(B3)-3f(0)=e-1=3f(3)-1=e-1< f(3)=¢".
Ciu 144. Ham s6 f(x) c6 dao ham cap hai trén R théa man: £ (l—x)z(x2 +3).f(x+1)Vxe]R. Biét
f(x);tO,VxeR, tinh I=j:(2x—1)f"(x).dx.

A. 4. B. 0. C. 8. D. 4.
Loi giai
Chon A

bat: u=2x—-1=du =2dx,
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dv=f"(x)dx=v=f'(x).

1I2x1 "() =(2x )'()I ~[; 2/ (x)ax
=37'(2)+f (x), =3/"(2)+ £1(0) =21 (2) +27 (0)(*).

Taco: f7(1-x)=(x"+3).f (x+1)VxeR

Ta lay:

* x=1= 12(0)=4.1(2).

*x=—1= f?(2)=4.1(0)= f*(2)=64.1(2).

Ma theo d@é f(x)=0,VxeR= f(2)=4

Vay, taco: f(2)=/(0)=4(1).

Taco: -2/ '(1-x) f(1-x)=2x.f (x+1)+(x" +3).1 " (x+1).
Ta lay:

x=1:>—2f'(0)f(o)=2f( )+4f'(2)= f'(2)+2/'(0)=-2
x=-1=-21"(2) f(2)=-2/(0)+4/'(0)=2/"(2)+ f"(0)=2

Vay, taco: f'(0)=-2, f'(2)=2(2).

Thé (1) va (2) vao (*), suyra I = Ioz(Zx—l)f"(x).dxz3f'(2)+f'(0)—2f(2)+2f(0)
=32-2-24+24=4.

(S6 Nam Pinh - 2019) Cho ham ) yzf(x) c¢6 dao ham lién tuc trén [0;1], thoa man

(f'(x))2 +4f(x)=8x2 +4,Vxe[0;1] va f(1)=2 . Tinh jf(x)dx

A. B. 2. C.

W
[\
p—

1
1

Loi giai
Chon C

Co (£/(x)) +4£ (x)=8¢" +4= [(/()) daf £ ()ar=[ (52" + 4)ar=22 1)

1 1

Ta cé jxf'(x)dx=xf(x)|;—jf(x)dx=2—jf(x)dx:>—4jxf'(x)dx=—8+4jf(x)dx. )

J.(2x)2dx=§. (3)

1
A A e A ' 2 '
Cong vé véi vé cua (1), (2), (3) ta dugc j(f (x)=2x) dr=0= f'(x)=2x= f(x)=x+C.
0
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Co f(1)=C+1=2:>C=1:>f(x)=x2+1.
1 1 4
Do do x)dx=|{x"+1)dx=—.
J ()= (x"41)de=3
. 2
Ciu 146. Cho ham s0 f(x) nhén gia tri duwong théa man f'(x):MJer}, Vxe(0;+0) va
x
3 2 N
J;fzx(sx)dxzzio' Gié tri ctia bieu thirc f(2)+ f(3) bang
A. 110, B. 90. C. 20. D. 25.
Loi gidi
Chon A
Voéi xe(0;+x):
2 prr _ '
Ta co f’(x):L(x)Jer}@xf(x)42xf(x):2x @[f(f)J =2x
X X X
:>f(2x):x2+C@f(x)zxz(x2+C).
X
<:>f2(x):x4(x2+C)2.
3 3 13d(x*+C) 3d(x*+C
KhldOJ' X dx = 1<:>I ad =— J' x @J'(X—Z)ZL
() 200 s () (2 c) 10
3 —
SR N R SN =i<:>C2+13C—14=0<:{C_1 .
¥ +CL, 10 4+C 9+C 10 C=-14

+V6i C=—14= f(x)=x(x" -14).

Chon x=1¢€(0;+w) taduge f(1)=-13<0 (vd Iy vi f(x) la ham s duong).
+V6i C=1 = f(x)=x"(x*+1) la ham s6 dwong.

Khi dé f(2)+ f(3)=110.

2018

Ciu 147. Cho ham sé y=f(x) c6 dao ham lién tuc trén [0;1] théa man 3/ (x)+x/"(x)=x
. croe , £, - 1
Vx e [0,1]. Tim gia tri nh6 nhat ctua Iof(x)dx
A B.— . c.— L D
2018.2020 2019.2020 2020.2021 — 2019.2021
Loi gidi
Chon D
Ta co:

3f(x)+xf'(x)2x2°18, Vxe[O;l] <:>3x2f(x)+x3.f'(x)2x2°2° Vxe[O;l]
= (x3f(x))' > x™, vx e[0;1]

2021

2021

2021 2018

I,Vxe[O;l] = f(x)= 1,vxe[o;l].

+C, Vxe[O 1]

=27 ()2 [ 50, Vre[0l] 507 ()2

Cho x=0= C=0=x"f(x)>
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1
©2019.2021°

1 1 x2018 x2019
dr > dx =
=[] o0 (2019.2021}

Cho ham sb yzf(x) lién tuc trén R\{O;—l} thoa man diéu kién f(l)=2ln2 va
x(x+1).f'(x)+f(x)=x2+3x+2.Giétri f(2)=a+bln3,véia,be@.Tinh a’+b’.

0

A2 B. 12, c. 2. D. 2.
2 4 4 =2
Loi gidi

Chon D
Do hamsé y = f(x) lién tuc trén R\{O; —1} nén

x(x+l)f’(x)+f(x)=x2+3x+2

g '(x)+(x+11)2f(x):ii?
=[] 5
:j(ﬁf(x)jdx:j[iifdx
@(ﬁf(x)jjzlﬂn%
@%f(z)—%f(l):lﬂn%
@%f(z)—lnz:1+In%<:>f(2):%+%ln3.

a=b=So @ +b =2,
2 2

(Chuyén L& Hong Phong-Nam Pinh- 2019) Cho ham s y = f(x) lién tuc trén R thoa man:

2 2
3F(x)+ f(2-x)=2(x-1)e" > +4,Vx e R. Tinh gi tri ctia tich phan I = _[0 f(x)dx.

A. [=e+2. B. [=2e+4. C.1=2. D. /=8.
Loi giai

Chon C

Cach 1:

3F(x)+(2-x)=2(x-1)e" > +4,VxeR .

=3[ e+ [ @2 xpde= j(zx N 4} dx (1).

Bit 1=2-x= [ /2000 =~ [ f0 = [ £t = [ f(dx (2).
Dit u=x"-2x+1=du=Q2x-2)dx = j(2x — 2)6”2_2“1dx = je“du =0(3).
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Cau 150.

Cau 151.

2
Thay (2)va (3)vao (1) = 4j02 S (x)dx = 4Idx =1= JO f(x)dx=2. Chon phuong anC .

Céch 2: Do 3f(x)+f(2—x) =2(x—1)e" >+4,VxeR (1)
Thay x=2—-x vao (1) taco: 3f(2—x)+ f(x)=-2(x-1) e 14 VxeR 2)
3F(x)+f(2-x)=2(x-1)e" > +4,VxeR

Tu (1) va (2) ta c6 hé phuong trinh: ,
f(X)+3f2-x)=-2(x-1)e" " +4,VxeR

= f(x)=2(x-1)e" >"+1

o 9f(x)+3f(2—x)=6(x—1) D)
f(x) + 3f(2 — x) =-2(x— 1) eX2—2x+1 4

= j F(x)dx = j(z(x—l)exz-mbr ix =2

(Chuyén Lé Hong Phong Nam Pinh 2019) Cho ham sé y=f (x) c6 dao ham lién tyc trén
[2;4] va f'(x)>0, Vx &[2;4]. Biét rdng

f(2)=% va 4x’ f(x [f ] —x’, Vxe[2;4]. Gia tri cia f(4) béng

A 20J§—1_ B 40J§—1_ C. 20J§—1_ DL 40J§—1'
4 2 2 = 4
Loi giai
Chon D

Ta co f'(x) >0, Vxe [2‘ 4] nén ham sé y = f(x) dong bién trén [2;4] .

Suyra f(x)2f(2 )=—>o Vx e[2;4] ().

Mit khac, tir gia thiét ta co x [4f x)+1] [f )]3, Vx e[2;4]
Két hop véi (1) tasuy ra: dx=——22"2 4 , Vxe[2;4].
Y47 (x)+1

Lay tich phan 2 vé can tir 2 dén 4 ta duoc:

24= j4xdx j f() 33[4/”( )+1]2

4

[4f( +1 —16<:>,/ 4f +1 —J4Z+l —16<:>./ 4f +1 P =20
=[47(4)+1] =8000= 1 (4)= 40{_1.

Cho ham s6 y = f(x) lién tuc trén doan[e;ez] . Biét x*f'(x)-Inx—xf(x)+In*x=0,Vx e [e; ez]
1 “

va f(e)=—. Tinh tich phan / = If(x)dx
e e

A T=2. B. = C.1=3. D. /=In2.

3
>

Loi gii
Chon B
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Taco: x*f (x)-Inx—xf(x)+In* x=0,Vx e [e;ez]

, 1
S (x)-Inx——.f(x) ’
A LU ) S
In” x X In x X
% A At S(x) _1 TRV 1
Lay nguyén ham hai vé ta duoc: 1—=—+C theo dé baitacod f(e)=—=C=0
nx x e

suy ra f(x)zmezlzjf(x)dxzjzjmedng_

phan mot so ham dac biét

Dang 2.1 Tich phén ciia ham s6 1é va ham so6 chin
Nhac lai kién thirc v€ ham s6 1¢ va ham so chan:

Hamsb y=f (x) c6 mién xac dinh trén tap d6i xing D va

Néu f(-x)=f(x), Vxe D= y= f(x): 1a ham s6 chén.

Néu f(-x)=-f(x),YxeD = y=f(x):laham s L&.

(thay thé chd nao c6 x bing —x s& tinh duge f(—x) va so sanh véi f(x)).

Thuong gap cung goc doi nhau cua cos(—x)=cosx, sin(—x)=—sinx.

I Néuhamsé f(x) lién tyc va I¢ trén [-a;a] thi _[ f(x)dx=0.

—a

jf(x)dx=2].f(x)dx

T%dxzjf(x)dx

Do nhiing két qua nay khong co6 trong SGK nén vé& mit thyc hanh, ta 1am theo cic budc sau (sau
khi nhan dinh d6 12 ham chin hodc 1¢ va bai toan thwong c6 cin d6i nhau dang —a — a):

] Néu ham s £ (x) lién tyc va chén trén [—a;a] thi

a 0 a
[J Budce 1. Phan tich: [ = J.f(x).dxz If(x).derJ.f(x).dx =A+8B.
o “a 0

0
] Buéc 2. Tinh 4= J. £ (x)dx ? bing cach ddi bién ¢ =—x va cin nh ring: tich phan khong phu thude vao

—a

bien, ma chi phy thuéc vao gid tri cua hai cén, chiang han Iuén co:

dx .

o 3t°cost © 3x?cosx
Lo = | Ty

2014 ] +sin* ¢ 720141+sin2 X

2. Tich phén ciia ham s6 lién tuc
b b
[ Néuham so f(x) lién tuc trén [a;b] thi jf(x)dxzjf(a +b—x)dx.
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[ Néuham so £ (x) lién tuc trén [0;1] thi

+ | f(sinx)dx = | f(cosx)dx.

N ooy
S t—|N

T

s1nx dx—E J. f smx)dx va;’j f(sinx)dx:%ff(sinx)dx.

0

—a

aq_bl Q C— |
N

27—a 2z 2
(cosx)dx=n J. f(cosx)dx va J.x.f(cosx)dxznjf(cosx)dx
a 0 0

——> V& mit thyc hanh, s& ddt x= cn trén + cdn duéi —¢ (x=a+b—1t). T d6 tao tich phan

.....

[ Néu ham s f (x) hen tuc trén R va tudn hoan voi chu ky T thi

a+T

_[ f(x)dx:l.f(x)dx va };[Tf(x)dxznl.f(x)dx

Luu y: Him s6 f(x) c6 chuky T thi f(x+7)= f(x).

— > V& mit thuc hanh, ta s& lam theo cac budc sau:

a+T 0 T a+T

Budc 1. Téch: /= [ f(x)dx:jf(x)dx+£f(x)dx+ l f(x)dx (i)

a+T

Buéc 2. Tinh C= | f(x)dx?
T

. x=a+T t=a .
Détx=t+T:>dx=dt.Délcén:{ :>{t O.Khld(’):

x=T =
C:j-f(t+T)dt:—_(llf(t)dt:—jlf(x)dx:—A (ii)

Thé (i) vao (i) tadugc: [ =B = J-f

Caul. (P& Tham Khdo 2017) Cho ham s6 f(x) lién tuc trén R va thoa man

iz

2
f(x)+f(-x)=~2+2cos2x,VxeR.Tinh/ = ,[f(x)dx
3z
T2
A [=-6 B. /=0 C.I1==2 D. /=6
Loi gidi
Chon D

pat x=— Kni a6 | f(x)dv= [ r(-t)d(-t)==] r(-yar=1 s (-x)as

Tacs: 1= [ r(n)a(x)= | a0+ ] r(am=r(-0a0)+ ] r(a)

2
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3z 3z 3z

2 2

Hay [ = I (/(=x)+ £(2))d (x) = ] V2w 2cos 2 (x) = | 2T cos2a (v)

0

3z 3z

2

<:>I=:[\/4coszxd(x)=2:|2;|cosx|d( )=2

V4 3z
Vay I =2sinx|? —2sinx|? =6.
2

cos xd (x)

O o |y

cosxd (x)-2

wN -_.N“"’:l

sin ¥ ——dx= \/7 JZ voi a,b,ceN,
\/l+x +x

(THPT Ham Réng - Thanh Hoéa - 2018) Cho

Mkl'—"“m

b<15.Khid6 a+b+c bang:
A. 10. B.9. C.11. D. 12.
Loi giai

sin x

\/1+x +x

xsin xdx

'—.u\k)

J1+ x? sin xdx —

"—'H*\N

I= dx =

R
EE]

aln el

I I
Tanhan thy v1+x’ sinx laham 1énén 7, =0

u=x=du=dx

dv =sin xdx. Chon v=—-cosx

I, :—xcosx|4 cosxdx————T+

,ﬁ
4

Suy ra I———\/E =r|=-2=x ——\/_
Viay a+b+c=11
(THCS - THPT Nguyén Khuyén 2019) Cho /(x) la ham s6 chan trén doan [-a;a] va k>0.

Gia tri tich phan j lf(—xkzdx bang
Y l+e

a

A. jf(x)dx. B. jf(x)dx. C. 2jf(x)dx. D. 2[ f(x)dx.

0

Loi giai

1+e* 1+e" 1+e*

Ta c6 Tf(x)dxzif( )dx+_f (1) g
Xét tich phan j%dx.

Patr=—x<x=—t
=>dt=-dx<-dr=dx
Poi can:
XxX=—a=>t=ua
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x=0=¢=0
Khi do,

rf(x) f(=t) S

R PG N RO
=jekt.f(t)dx:]‘-e"".f(x)dx

o 1+e" 0 1+e™

FLG) () b)) )

Do do. ? +ek"dx_ 1+e" dx+J;l+e'“dx_-£ 1+¢e" dx—_!f( )

Caud. (Viét Phc Ha Noi 2019) Cho f(x),f(-x) lién tuc trén R va thoa man

2
ié (x) dx =2 Khi do gid tricua m 1a
m

2f(x)+3f(—x)=

A.m=2. B. m=20. C. m=5. D. m=10.
Loi gidi
Hamsd f(x), f(—x) lién tuc trén R va théa man 2 (x)+3/(-x)= 2 nén ta co:
X"+

JrG)eartaa= [ )

bat K=j.(2f(x)+3f(—x))dx=2If(x)dx+3j.f(—x dx
bat —x=t=dx=—dt; f(-x)=f(t), x="2=t=2%x=2=1t=-2

Dodojf—xdx jf (~dt)= jf dt = jf

:>K=2jf( dx+3jf )dx = ij dx+3jf(x)dx=5ff(x)dx (2)

2
bat J=_[ 2dx ; x=2tana,ae(—£;£j,
5 4 22
2
Taco: dx=d(2tana) = dza =2(1+tan2a)da.
cos’ a

iy x=—2:>a=—£;Vé'i x=2:>a=z.
Véi 4 4

5 2(14 tan? F :
Dods - [ 2ra),fdae 1z
' 4tan’ a +4 .2 2 |z 4
4 4 ¢
. T T
Tur (1), (2) va (3),taco K=J:>5If(x)dx=—:>jf(x)dx=—
° 4 20
2
. T T T
Ma theo gia thiét, [ = dx=— nén —=— =20.
a theo gia thiét, :[f(x) X mnenm 20:>m
¢ odx 1 X
Chit y: C6 thé tinh nhanh j > bang cong thirc: J- —— =—arctan—+C
X +4 X +a  a a
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Tur do:

dx 1 X
I > =—arctan—+C
x +4 2
dx 1 x|
= Iz—z—arctan—
2

5 x"+4

1 1
=—(arctan1—arctan(—1))=— LI I B
2 2| 4 4 4
(THPT Ham Rong Thanh Héa -2019) Cho ham s6 f/(x), f(—x) lién tyc trén R va thda méan

21 (x)+3f(~x) = 4+1x2 Tinh 7=[" /(x)dr.

-2

A 1=2, B./1=2. c.1="~. D./="2,
20 10 20 10

Loi giai
2
Tinh lef(—x)dx
biat t=—x=dr=-dx
Po6i can

X -2 2

t 2 -2

= jif(—x)dx = ()= [ r()de= [ f(x)dr
L[ 2/ (x)+37 (<)) dv= [

4+x’ 24+ x°

2 |
o[ 5f(x)de = i

1

2 1 ¢2 11 X
& J:zf(x)dx =§I_24+x2 dx :g.Earctan(Ej

dx

2f(x)+3f(—x)=

2 _L(sz_z

2 104 4) 20

(HA Noi - 2018) Cho ham sb y=f(x) 1a ham 1¢ va lién tuc trén [-4;4] biét
0 2 4

[£(=x)dx=2 va [ f(-2x)dx=4.Tinh I =]/ (x)dr.

2 1 0

A. I=-10. B. /=-6. C.1=6. D. 7=10.
Loi giai

0
Xét tich phan jf(—x)dx =2.
22

Pat —x=¢t = dx=-dt.
Ddi can: khi x=-2 thi t=2;khi x=0 thi =0 do d6

jf(—x)dxz—jf(t)dt =jf(t)dt:»jf(t)dt:2 :»jf(x)dxzz.
Do ham s y = f(x) laham sd 1é nén f(-2x)=—f(2x).

Do do jf(—Zx)dxz—jf(Zx)dx :>jf(2x)dx=—4.
Xét fff(Zx)dx.

bat 2x=t:>dx=%dt.
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4

2
Doi can: khi x=1 thi r=2;khi x=2 thi r=4 do d6 jf(Zx)dxz%jf(t)dt=—4
1 2
4

= [ f(t)dt=-38 :j.f(x)dx:—S.

2

Do Izj.f(x)dx zj.f(x)dx+j.f(x)dx:2—8:—6.

Cau7. (Hong Quang - Hii Duong - 2018) Cho ham sé f(x) lién tuc trén doan [-In2;In2] va thoa
In2
man f(x)+f(—x)=$ Biét I f(x)dx=aln2+bIn3 (a;b€Q).Tinh P=a+b.
e

—In2

A. P= B. P=-2. C. P=-1. D. P=2.

1
5 .
Loi giai
In2

Goi 1= [ f(x)dx

—In2
batt=—x = dr=-dx.
Ddi can: Véi x=-In2 = t=In2;Véi x=In2 = t=-In2.

—In2 In2 In2
Tadwge I=— [ f(~t)dt = [ f(~t)dt= [ f(-x)dx

" In2 " In2 " In2 In2
Khidotaco: 27 = [ f(x)dx+ [ f(-x)dv= [ [f(x)+f(-x)]dx = j

—In2 —In2 —In2 ane +1
In2
Xét j —dx.Pat u=¢" = du=¢e"dx
e" +1

—In2
Ddi can: Véi x=—ln2:>u=%; x=In2 =u=2.

In2 In2 In2

Ta dugc _Le I Le e +1 ;[2 ur) du
In2 1 1
:L(;—u_i_ljdu :(ln|u|—ln|u+1|)‘% —In2

Viay taco azl, b=0:>a+b=l.
2 2
Cau8. (Chuyén PH Vinh - 2018) Cho y=/(x) 1a ham s6 chdn va lién tyc trén R. Biét

if(x)dxz%jf(x)dle. Gid tri cua i%dx bang

Al B. 6. C. 4. D. 3
Loi giai

Do [ f(x)dx= [ f(x)dr=1= [ £(x)dx=tva [ £ (x)de=

= [ f(x)dx+[ f(x)dr =] (x)dx=3
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2 2

Mat khac | Sy, | /() | ) 4 va y=f(x) 1aham sb chin, lién tuc trén R
° 3 +1 , 3" +1 0 3 +1

:>f(—x)=f(x) VxeR

SO A€ PRSI Gl Py ) P 0 A OBV i Co

I3l 93+l ) 31tJrl 341 341
ff(x) ‘If(X) Jf(x) j3xf(x)dx+ff(x)dx:j(y“)f(x) _
23 +1 3" +1 341 ) 34l 34l ) 34l
[f(x)dx=3

2
(SGD&DT BRVT - 2018) Ham s§ f(x) 14 ham sb chin lién tuc trén R va [ f(x)dx=10. Tinh
0

2
I:jf(x)dx

° 2" +1

10
A.7=10. B. /=" C.1=20. D./=5.
Loi giai

Détt:—x:dt——dx Poicin: x=-2=>t=2, x=2=1t=-2.
I:jf(t)dt J' dt:J.

27" +1 2’+1 2"+

Zf(x) 2 2 0

:>21::|;2x+1dx sz —jf j x)dx +_([f(x)dx:_J;f(x)dx+10

Mit khéc do f(x) laham s6 chdnnén f(-x)= f(x).

0
Xét J = [ f(x)dx, dit 1 =—x = df =—dx
)

2 2 2

[/ (x)dr=10= 27 =20 = 1=10.

0 0 0

U
<
Il
—
=
L
=
Il
—
=
=
&
Il

(Yén Phong 1 - 2018) Cho ham s6 y= f(x) la ham s chn, lién tuc trén doan [-1;1] va

jf( dx=6. Ketquacuaj /(%) dx bing

1+2018"
A. 2. B. 3. C.4. D. 5.
Loi giai

1
Xét tich phan jﬂdx.f)atx:—t; dx=—dt; x=—1=t=1; x=1=1=—1.

1+2018"
f f :I 12018‘ Izolgx
1+2018x 1+2018’ b 2018 ° 1+2018"

2018’
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Vay j‘ﬂd)ﬁ- jwdx = jf(x)dx =6.

2142018 J 142018 J
1

Do d6 j&dx ~_Lleos.
142018 2

|
Cau1l. (Toan Hoc Va Tudi Tré 2018) Cho f(x) 1a ham lién tuc trén doan [0;a] thoa man
. -x)=1 . . ,
f(x) f(a %) va J. dr :b_a, trong d6 b, ¢ 1a hai s6 nguyén duong va b la phan so
f(x)>0,Vxe[0;a] 1+ (x) ¢ c
t6i gian. Khi d6 b+ ¢ c6 gia tri thuoc khoang nao dudi day?
A. (11;22). B. (0:9). C. (7:21). D. (2017;2020).

Loi giai

Cachl.bat t=a—-x=>dr=—-dx
Poicin x=0=t=a;x=a=1=0.

e e ot w i
Luc do I_'(‘).l-l-f(X)_:‘1.1+f(a_l)_-(').1+f(a_x)_-([l+f(l )_'([1+f(x)

BT N RACIL
Suyra21—[+1—£1+f(x)+£1+f(x)

Do do I=%a:>b:1;c:2:>b+c:3.

2 2020 a
2 .

Cau 12. (Chuyén Son La - 2020) Tich phan I l.dx =5 Tinh tongS =a+b.

v e +

2

A. $=0. B. $=2021. C. §=2020. D. §=4042.
Loi giai
Chon D
22020
Xét I=[=—dx.
e +1
Pit x=—t=dr=—dr. Pdicin x=2=r=2%x=2=¢=-2.
-2 2020 20,2020 20,2020 ¢ 22020 x
—t . .
Ta duge I:I%.(—dz):ftl—.dzzj't[ C =[x,
S, e +1 | 5, e+l < e+l
e
22020 22020 x 2 2021 |2 2021 2021 2022
. 277 — (-2 2
Suyra 2/ =1+1=[>—dv+ [Z— dr =[x dr= - (2) 2™
ce+l 5, e+l 2021|_2 2021 2021

2021

Dodd I =
2021

.Suyra a=b=2021.Vay S=a+b=4042.

Ciu 13. (Pai Hoc Ha Tinh - 2020) Cho ham s f(x) lién tyc trén doan [—ln 2;In 2] va théa man

In2

f(x)+ f(-x)=—— - Biét [ f(x)dx=aln2+bIn3, (a,b€Q). Tinh P=a+b.
¢ —In2
A. P=-2. g.P:%. C. P=-1. D. P=2.
Loi giai
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Chon B
In2 In2
Tir gia thiét ) |dx =
r gia thiét suy ra _;[z[f(x ] 1[26 .
In2 In2 In2 In2
Ta c6 j[f(x)+f(—x)]dx= j f(x)dx— j f(—x)d(—x)=2jf(x)dx
o In2 l In2 _inz _1[11:2 l l "
Mat khac _I[Z ex+1dx lnzwd(e ):_I[2|:e_x_ex+]:|d(e )
= IT Ld(ex)— 1].2 d(ex+1):)c|lnz —ln(ex+1)lnz :ln2+ln2—ln3+ln§:1n2
e~ e’ +1 —In2 ~In2 2 .

—In2 —In2

In2
1 1 1
Suy ra x)dx=—In2 =a=—,b=0=a+b=—
Y -[f( ) 2 2 2

—In2

1
Cau 14.  (Dai hoc Hong Dirc —Thanh Héa 2019) Cho f (x) 14 ham s6 chin va [ f (x)dx = 2. Gia tri clia

0

1
oo f(x)
tich phan | ———
~[11+

2019
2

A, ——. B. 2 C. 4 D. O

2019

Loi giai

Chon B

J.1+2019"
bat t=—x — —dt =dx
Can

xI -1 1

L2019

e - [

1+2019 1+2019 4 142019
2019°

2019' £ (¢
I

L 7(6)(14+2019°
1+2019’ J.1+2019t =] o )dl

1+2019

-1

=2I= jf(t)dtszf(t)dt=2.2:>I:2.

Dang 2.2 Tich phan ciia ham chira dAu tri tuyét doi

Tinh tich phan: 7 = f”f(x)|.dx ?

Buéde 1. Xét dau f(x) trén doan [a;b]. Gia st trén doan [a;b] thi phuong trinh f(x)=0 c6 nghiém

x, €[a;b] va co bang xét dau sau:

x a X, b
f(x) + 0 - %
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Buéc 2. Dya vao cong thirc phan doan va dau cua trén [a;x, |,[x,;6] ta dugc:

b X, b
I=“f(x)|.dx= J.f(x)dx+J[—f(x)]dx=A+B.
St dung cac phuong phap tinh tich phan da hoc tinh 4,B = 1.
Céau 15. Cho a la s6 thyc dwong, tinh tich phan / = J.|x|dx theo a.
-1

2 2 2 3a2_1
a+1 L2 o 2 u

2 2 2 2
Loi giai

A =

Chon A

0 a 2 2
Vi a>0 nén ]:—jxdx+jxdx:l+a—:1+a
2 2 2

Cau16. (THPT Luong Thé Vinh Ha Ngi 2019) Cho s6 thyc m>1 thoa man [[2mx—1|dx =1. Khang
1

dinh nao sau day dang?
A. me(46). B. me(2;4). C. me(3;5). D. me(1;3).
Loi giai
Do m>1:>2m>2:>2L<I.Dodévc’yi m>1,xe[l;m]=2mx—-1>0.
m

m

Vay J.|2mx l|dx J.me l)dx (mxz—x)l =m’'—m-m+1=m —-2m+1.
1

m
T d6 theo bai ra ta co m3—2m+1=1<:>[ Do m>1véym=x/5.

m= i\/i'
Cau 17. (Chuyén L& Hong Phong Nam Dinh 2019) Khing dinh ndo sau day la dung?
2018 2018
A. j o dx = U xdx‘ B. [ |- +de= [ (x - 1) dx.

“(x+1 dx‘ I (x+1)dx. DI V1—-cos® xdx = J sin xdx .

Loi giai
Chon B
2
Ta co: x4—x2+1=x4—2.x2.l+l+§= xz—l +§>0,Vxe]R.
2 4 4 2) 4

Dods: [~ e [ (¢ +1)as.

5
c -2 . .
Cau 18. (Chuyén Bac Giang 2019) Cho tich phan _[ al | dx=a+bln2+cIn3 véi a, b, ¢ 1a cac soO
| X+

nguyén. Tinh P = abc.

A. P=-36 B. P=0 C. P=-18 D. P=18
Loi giai

Chon A

Ta co
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Hx-2 tx-=2 tx=2
-[ x+1 dx:_'[x+ldx+-!x+ldx

= !(1——) +j(l—%jdx

~(x=3fx+ 1) +(x=3mn[x+ 1))
—(2-3In3)+1-3In2+5-3In6-2+3In3

=2-6In2+3In3
Vidy a=2,b=-6,c=3= P=abc=-36

2 2
Cau19. (Chuyén Ha Long 2019) C6 bao nhiéu sé tu nhién m dé j [ = 2m?|dx = ‘ j (¥ - 2m2)dx‘.
0 0

A. V6 sd. B. 0. C. Duy nhit. D. 2.
Loi giai
2 2
”x2—2m2‘dx=‘|. x* —2m *)
0 0
=-—m~2

Taco: x> —2m> =0 | m\/_

x=m2

TH1. Néu m =0 thi (*) ludn dung.
, x*=2m* >0 (1
TH2.Néu m # 0 thi (*) ding < v6imoi x €[0;2].
x*=2m*<0 (2)
+) m>0.
. —mN2 <m2 <0
(1) ding <
25 -m\2 < m\/z
-m~2 <0 m=0
2 { 3

= =Sm>
m2 22 m=2

(vo nghiém).

(2) dang @{

+) m<0.
2 <-m2<0
(1) ding c{m m2 (v6 nghiém).

2<m2 <-m\2
2<0 m<0
(2) dﬁng@{m <:>{ om<-2.

—m2z2  (m<—2
Suy ra m E(—OO;—\/E]U[\/E;-FOO)U{O} 1a gié tri can tim.

Cau20. (Chu Van An 27 dx .
1 2
A, —. B. In2. C. 2In2. D. —.
— In2 In2

Loi giai

2° —2*X}dx taco 2" —27"=0 = x=0.
-1
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0

:>I=j dxzj
e 0 :
‘+

-1

25427 254277
In2 In2
1

Cau2l. (KTNL Gia Binh 2019) Cho ham sé f(x) lién tuc tren R va c6 j f(x)dx=2;

1

flor 2

0

0

fl2

-1

20 =27 20 =27 2" =2""dx = +

dx+j
0

1
1
In2

0

[/ (x)dx=6.Tinh 1= [ f(j2x-1])dx

0

A. =8 B. /=6 C.I=

Xét 1, = jf(l-zx)dx:-%jf(l-zx)d(l-zx) =%if(t)dt=%jf(x)dx=3
Xét I, —jff(Zx—l)dx=%jff(2x—1)d(2x—l) =%j.f(t)dt=%j‘f(x)dx=1

Vay [=1,+1,=4.

3
Ciu22. (Chuyén KHTN 2019) Cho ham s f(x) lién tuc tréen R va c6 .[ f(x)dx=8 va
0

[ £ (x)dx = 4. Tinh [ F(4x=1ax.

B L C.3 D. 6.

A.
4

PRV

Loi giai
1

Ta cb j f(4x=1))ydx = j f(|4x—1|)dx+j f(4x—1])dx

4

F(1-4x)dx+ j Fdx-1)dx =1+J.

L —

4
1

+) Xét [ = _Tf(l —4x)dx.

Dit t =1-4x = dt = —4dx;

Trang 96 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




Cau 23.

TAI LIEU ON THI THPTQG 2021

Véi x=—1:>t=5;x=%:>t=0.

I={f-4x)dc=] f(t)(—idt) =i [r@at %j f(x)dx=L.

+) Xét J = j f(4x —1)dx.

4
biat t=4x—1=dt =4dx;

Véi x=1:>t=3;x=%:>t=0.

J=[f@dx-1)dx= j f(t)(idt)z% j f(t)dtz% j F(x)dx =2.

A——

1
Vay j f(|4x—1)dx =3.
-1

2

1
Cho ham sb f(x) lién tuc trén R thoa J.f(2x)dx=2 va If(6x)dx=l4.
0

0

2

[ 7 (5d+2)dx.

-2

A. 30. B. 32. C. 34. D. 36.
Loi giai

1
+Xet [ f(2x)dr=2.
0
bat u=2x=du=2dx; x=0=2u=0; x=1=2u=2.

Nén 2:_£f(2x)dx:%_([f(u)du :>'(|:f(u)du24.

2
+Xet [ f(6x)dx=14
0
Paitv=6x=dv=6dx; x=0=v=0; x=2=v=12.

Nén 14=jf(6x)dx =élff(v)dv 3Tf(v)dv=84.

#Xet [ f(slf+2)dv = [ (Sl +2)de+ [ £(3]+2)e.

0
0
O Tinh 1, = [ £(5]x[+2)dx.
-2

Dit 1 =5|x|+2.
Khi 2<x<0,t=-5x+2=dt=-5dx; x="2=1t=12; x=0=>¢=2.

2

1 :_?lj;f(t)dt =%ﬁf(z)dr—jf(¢)dt} =§(84—4)=16.

0

2
O Tinh 1, = [ £ (5]x|+2)dx.
0

Tinh
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bit 7= 5|x|+2.

Khi 0<x<2,t=5x+2=dt=5dx; x=2=1t=12; x=0=>t=2.

I :%lff(t)dt =%[If(t)dt—]jf(t)dt} ~L(sa-4)=16.

2
Vay [ £(5]x]+2)dx=32.
-2

1 3
Ciu 24. (Phong 1 - 2018) Cho ham s6 f(x) lién tuc trén (0;3) va [ f(x)dx=2;[ f(x)dx=8. Gid trj

0 0
1
ctia tich phan [ £ (|2x—1)dx =7
-1
A. 6 B.3 C. 4 D. 5

Loi giai

Ta co If(|2x—l|)dx:.2ff(l—2x)dx+ f(2x=1)dx=1+J

[ S——

2
Tinh 7= [ f(1-2x)dx
-1

Pt t =1-2x = dr =—2dx. Ddi can x=—1:>t=3;x=%:>t=0

16 13 1} 1
= 1= [ =3 7= () =T 5=4

1

Tinh J = [ f(2x—1)dx
1
2

Pit ¢t =2x—1= df = 2dx. Dbi can x=%:>t=0;x=1:>t=l

l.2=1
2

1
Vay [ f(j2x-1))dx=1+J=4+1=5.
-1

3 5 1
Ciau 25. Cho ham s6 f(x) lién tuc trén R va co j f(x)dx =8 va j f(x)dx=4. Tinh j f(4x—1])dx
0 0 -1

B L C.3. D. 6.
4

A.

RV

Loi giai
Chon C

F(~4x+1)dx+ j F(4x—1)dx.

L —

1
Ta c6: j f(|4x—1dx =
-1

4
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1

4

Tinh: A:Jf(—4x+1)dx.£)ét t=—4x+l:>—%dt=dx
170 17

A=—=|f(dt=—| f(t)dt =1
4£f() 4£f()

1
1
Tinh: B:jf(4x—1)dx. Pit 1 =4x—1=> di = dx
1
n

B:%j;f(t)dtzz

1
Vay [ f(4x—Tpdx=4+B=3.
-1

Cau26. Cho ham s6 y=f(x) xéc dinh trén R va théa man f'(x)+2f'(-x)= 2|x| 1 v6i moi 6

x4 x’+

thuc x. Gia sur f(2)=m, f(—3)=n. Tinh gia tri cta biéu thic T=f(—2)— (3)

A.T=m+n. B.T=n-m. C.T=m-n. D.T=-m—-n.

Loi gidi
Chon B
Vé&i moi s6 thue x, thay x bdi —x vao biéu thirc f’(x)+2f’(—x)=62i (1), ta dugc
x*+x7 +1
2| 2|
"(— 21 = hay 2 f’ "(—x)= 2).

Nhan hai vé ctia (2) voi 2 sau d6 trir theo vé cho (1), rat gon suy ra f '(x)zg. - |x|2 vGi moi
3 x+x" +1

s6 thue x.

2 2
Xét I = If’(x)dx 2 de bat u = —x, khi d6 ta duge du = —dx.
et 33 X+ x*+1
Poican: Khi x=-3=u=3vax=2=u=-2.
Ta dugc
3 3 3
I= j— | d (~du)= 2 g2 dv = f'(x)dx.

—u)2+l L3 ut+ut+1 53 x4+ +1 °

Ma [ = jf )dx=f(2)-f(-3) B)va I = jf yde= £ (3)- £ (-2) 4.

=n—m.

Twr (3) va (4), ta dugc f(2)—f(—3) =f(3)—f(—2) suy ra
[(2)-73)=1(3)-7(2)

. . o 2x khi x<0 o .

Cau 27. Cho so thyc ¢ vahamso f(x)= a(x—xz) hi 150" Tinh tich phan Lf(x)dx bang:

AL, B. 2.1 c. 44, p. 2% 1.
= 3 6 3
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Loi giai
Chon A

Ta thay, jjlf(x)dx = J.if(x)derJ.;f(x)dx = Jj2xdx+.[;a(x—x2)dx

0 2 3\
:(x2)|_l+a(%_%]

O L A
6 6
0
e +m khix>0

Cau 28. (Chuyén Nguyén Trii Hii Duwong 2019) Cho ham sé f(x) :{ lién tuc trén

2xv3+x? khix<0

R va

1
jf(x)dx=ae+b\/§+c, (a,b,ceQ). Téng a+b+3c béng
-1

A.15. B. -10. C. -19. D. —17.
Loi gidi
Ta ¢ 11r(1)1f( )—1irgl(ex+m):m+l, 1irg;f(x)zlirg;(2x\/3+x2)20 va f(0)=m+1.

Vi ham s6 d3 cho lién tuc trén R nén lién tuc tai x=0.
Suy ra limf(x)= limf(x)=f(0) hay m+1=0< m=-1.

Khi do jf (x)dx= ijx/3+x dx+j &' —1)dx= j\/3+x d(3+x° +j (e" —1)dx

0

=§(3+x2)\/3+x2

« 22
_1+(e —x)‘o—e+2x/§ 3

Suyraa=1,b=2, c_—%

Vay tong a+b+3c=-19.

1
Cau29. (THPT Yén Phong 1 Bic Ninh 2019) Tinh tich phan f max {e*, ¢ bdx
0

A e—1. B. %(e—%/Z). C.e-7e. D. %(e—éj
Loi giai
e khi 0<x<l

UJ

. 1 )
Taco: e >e ™ <:>x21—2x<:>x2§. Suy ra: max{e)‘,el 2*}:

e’ khi%gxgl

1
Do dd I = Jmax {e*,el’zx }dx = jelzxdx +Jexdx = —%elzx :3) +

eX

1
1
3

1 1

:—leg—i—le—f—e—eg zz(e—i/;).
2 2 2

s

2 : 7 1
XoA3 khix =1 I:fo(sinx)cosxdx—F.’aff(?)—zx)abC
0 0

Cau30. Chohamsd y= f(x)=
Y f() {S—x khi x <1
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Ar=1 B. [ =31. C.1=32. D. /=32
6 3
Loi giai
Chon B

+ Xét tich phan: [, =2

1 f (sinx)cos xdx .

OHN‘N

bat: t =sinx = dt = cos xdx .

Pbi can: véi x =0 thi 1 =0, v6i x:% thir=1.

1,=2

o%m\-\

f(sinx)cosxdx: ZJf(t)dt = 2]f(x)dx :2](5—x)dx = (10x—x2)‘i) =9.

1
+ Xet tich phan: 7, =3 [ f (3 2x)dx.
0

bat: t:3—2x:>dt:—2dx:>dx:—%dt

Doi can: véi x=0 thi r=3,véi x=1 thi r=1.

I :3Jf(3—2x)dx:—%jf(tﬂt:—%jf(xﬂx
:_%f(xz—m)dx:[—%)f—%x]

3

=22.

1
3

3 |
Vay: I:2ff(sinx)cosxdx+3ff(3—2x)dx:9+22:31.
0 0
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Chuyén dé 27 (NG DUNG TICH PHAN

(C):iy=f(x p
® Hinh phang (H) gidi han béi §(C,):y = g(x) thi dién tich la |S = j | /(%) — g(x)|dx].

x=a,x=b(a<b)

(C):y=71(x) p

Hinh phang (H) giéi han boi {(C,):Ox:y=0  thidién tichla |S = j | /()| dx|
x=a, x=b (a<b) ?

Q “ b _
A : v Sip = 7ab.
§ A‘\§h ~a o =y x* y’
a w z (E) T + = 1
ol Hinh 52 a b

b

@ Hinh thirc dé thuwong hay cho
Hinh thiec 1: Khong cho hinh ve, cho dang (H):{y = f(x), y=g(x), x=a, x=b (a <b)}

b

— J | f(x)— g(x)| dx = két qud, so sanh véi bon dap an.

Hinh thiec 2: Khong cho hinh ve, cho dang (H):{y = f(x), y = g(x)}

Giai f(x)=g(x) tim nghiém x,,...,x,, voi x, nho nhdt, x, lon nhdt LSiO>_[|f(x)—g(x)|dx.

Hinh thirc 3: Cho hinh veé, sé giai phwong trinh tim toa dé giao cjh'é?m (néu chwa cho trén hinh), chia timg
dién tich nho, x6 hinh tir trén xuong, ghi cong thirc va bam mdy tinh.

Hinh thirc 4: Cho ba ham tro lén, chang han y = f(x), y = g(x), y = h(x) ta nén vé hinh.

Caul. (THPT L& Xoay Vinh Phiic 2019) Cho ham s6 y = f(x) xédc dinh va lién tuc trén doan [a;b].
Dién tich hinh phang gidi han boi do thi ham s6 y= f (x), truc hoanh va hai duong thang

x =a, x =b duogc tinh theo cong thiric

A. S=j-|f(x)|dx. B. S=]7-f(x)dx. C. S:—jf(x)dx. D. S=T|f(x)|dx.

Cau2. (P& Minh Hoa 2020 Lin 1) Dién tich hinh phing dugc gach chéo trong hinh bén bang

Ay

L -
X
=y

Y = —z? 42
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Cau 9.

Cau 10.

A [ (<20 +2x+4)dx. B. [ (22° -2x-4)dx.
C. [ (~2x*~2x+4)dx.D. [ (26" +2x-4)dr.

(Pé Tham Khao 2020 Lan 2) Dién tich S cua hinh phing gi6i han boi cac duong y = 2x2,

y=-1, x=0 va x=1 dugc tinh bdi cong thirc nao sau day?

A. S= nj (2x* +1)dx. B. S= jzx ~1)dx.
csj2x+1dx Dsj2x+1)dx
0

(Mai 101 - 2020 Lan 1) Dién tich hinh phing gidi han boi hai duong y=x* -4 va y=2x—4
béng

4 4
A. 36. B. - c.Z. D. 367.
3 3
(M3 102 - 2020 Lan 1) Dién tich hinh phing gi6i han boi hai duong y=x" -1 va y=x-1
AZ B2 c. Bz p. L.
6 6 6 6
(M4 104 - 2020 Lan 1) Dién tich hinh phing gi6i han boi hai duong y=x"-3 va y=x-3
béng
A 2T B. L. c. = p. ~.
6 6 6 6
(M4 103 - 2020 Lan 1) Dién tich hinh phang gii han boi hai dudng y=x*—2 va y=3x-2
bang
A2, B. 2%, c. 125 p. 127
2 2 6 6

(M4 102 2018) Goi S 1a dién tich cua hinh phang gi6i han boi cac duong y =2, y=0, x=0,
x=2.Ménh dé nao dudi day dung?

A. S=7ZJ2.2“‘dx B. S=J2.2"dx C. Szizj%szdx D. Szj.22’“dx
0 0 0 0

(M 101 2018) Goi S 1a dién tich hinh phang gi6i han boi cac duong y=¢*, y=0, x=0,
x=2.Ménh dé& nao dudi day dung?

A. S= ~iexdx B. S= ﬂjexdx C.S= ﬂjexdx D. S= ﬁie“dx
0 0 0

0
(M4 102 - 2019) Cho ham s6 y = f (x) lién tuc trén R. Goi S 1a dién tich hinh phang giéi han
boi cac duong y = f(x),y=0,x=—1 va x=5 (nhu hinh v& bén).
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Cau 11.

Cau 12.

Cau 13.

TAI LIEU ON THI THPTQG 2021

/% y=flz)
1

Ménh dé nao sau day dung?

A. S= —j £(x)dx —j F(x)dx . B.S= j f(x)dx +j f(x)dx .

C.S= j £(x)dx —j f(x)dx. D. S= —j £(x)dx +j f(x)dx .

(M3 103 - 2019) Cho ham s6 f'(x) lién tuc trén R. Goi S 1a dién tich hinh phang gi¢i han boi

cac duong y=f (x) ,¥=0,x=~1,x =2 (nhu hinh v& bén). Ménh d& nao dudi diy ding?

1 2
A.Szjf(x)dx +Jf(x)dx. B.S:—If(x)dx—jf(x)dx.

711 12 1 2
C. S=—=[f(x)det[ f(x) dx. D. S=[f(x)dc [ f(x)dx.

—1 1 -1 1
(P& Minh Hoa 2017) Tinh dién tich hinh phang gidi han bai dd thi ham sé y = x* —x va do thi
ham sé y = x—x".
37 9 81

A — B. — C. — D. 13
12 4 12

(P& Tham Khao 2017) Goi S 1 dién tich hinh phang ( H ) gi6i han béi cac duong y = f'(x), truc
0 2

hoanh va hai duong thing x=-1, x=2. Pit a = If(x)dx,szf(x)dx, ménh dé ndo sau day
-1 0

dang?
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A. S=b-a B. S=b+a C.S=-b+a D. S=-b—-a

Ciu 14. (Pé Tham Khio 2019) Dién tich phan hinh phang gach chéo trong hinh v& bén dugc tinh theo
cong thirc nao dudi day?

2 2

A. [(-2x+2)dx B. [(2x-2)dx
-1 -1
2 2
C. [(-2x*+2x+4)dx D. [(2x*—2x—4)dx
-1 -1
Cau15. (Mai 101 - 2019) Cho ham s6 f'(x) lién tuc trén R. Goi S l1a dién tich hinh phing gi6i han béi
cac duong y = f(x) ,y=0,x=—1 va x =4 (nhu hinh v& bén). Ménh dé nao dudi day dtng?

|

A.Szjf(x)dx—jf(x)dx. B.S=jf(x)dx+jf(x)dx.
C. Sz—jf(x)dx—jf(x)dx. D. S=—jf(x)dx+jf(x)dx.

-1 1 -1 1
CAu 16. (Mai 104 - 2019) Cho ham s6 /() lién tuc trén R. Goi S 1a dién tich hinh phang gi6i han béi c4
duong y=f (x) , =0, x=-2 va x=23 (nhu hinh v&). Ménh d¢ nao dudi day ding?
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Cau 17.

Ciu 18.

Cau 19.

Cau 20.

TAI LIEU ON THI THPTQG 2021

j.f(x)dx. B.Szj.f(x)dx—3f(x)dx.
j‘f(x)dx. D.S:j-f(x)derj.f(x)dx.

-2

(Chuyén KHTN 2019) Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo
cong thiic nao dudi day?

Y= —z°+3

A. j.(2x2—2x—4)dx. B. j(2x2+2x—4)dx.
-1 -1
2 2

C. j(—2x2+2x+4)dx. D. j(—2x2—2x+4)dx.
e} -1

Goi S la dién tich hinh phang gi6i han boi do thi ham sé y = f(x), truc hoanh, duong thing

x =a,x=>b (nhu hinh v& bén). Hoi cach tinh S nao dudi day dung?

r’}l N/ b

[ £ () [ £ (x)d

a c

A.S:ff(x)dx. B.S=

c b C b
C. S==[f(x)dx+]f(x)ax. D. S=[f(x)dv+]f(x)ax.
(THPT Poan Thwong - Hai Dwong 2019) Goi S 14 dién tich hinh phang gidi han boi cac d6 thi
ham s: y=x’—3x, y=x.Tinh §.
A. S=4. B. §=8. C.S=2. D. §=0.
(Chuyén Hung Vwong Gia Lai 2019) Goi S 1a dién tich ctia hinh phang gi6i han boi cac duong
y=3", y=0,x=0,x=2. Ménh dé& nao dudi day ding?
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

A S= _2[3xdx. B. S= ﬁj32*dx. C.S= ﬂj}*dx. D. S= j32-*dx.

0 0 0 0
(THPT Déng Son Thanh Héa 2019) Cho ham s6 y = f(x) lién tuc trén doan [a;b]. Goi D 1a
dién tich hinh phang gi6i han boi d6 thi (C):y = f(x), truc hoanh, hai dudng thang x=a, x=5
(nhu hinh v& duéi day). Gia sir S, 1a dién tich hinh phing D . dung trong cac phuong 4n A, B, C,

D cho duo¢i day?

// o b e

A SD=jf(x)dx+jf(x)dx B. S, =—jf(x)dx+jf(x)dx
C SD=ff(x)dx—ff(x)dx D SD=—ff(x)dx—if(x)dx

Dién tich hinh phing gii han boi d6 thi ham s y = (x —2)2 —1, truc hoanh va hai duong thang
x=1,x=2 bang

A.E. B.é. C.

D. L.
3 2 3

W | —

Cho hai ham s f(x) va g(x) lién tyc trén [a;b]. Dién tich hinh phang gi6i han boi do thi cua

cac ham sé y = f(x), y = g(x) va cac duong thing x =a, x=b bang

A.

[[f()-g()]dx

. B. j|f(x)+g(x)|dx. C. j|f(x)—g(x)|dx. D.j[f(x)—g(x)]dx.

(KTNL GV Bic Giang 2019) Tinh dién tich hinh phang gidi han boi db thi ham sb y=4x- x’

vatruc Ox
34 31 32

B. —. C. —. D.
3 3 3

(Chuyén Nguyén Tat Thanh Yén Bai 2019) Dién tich ctia hinh phang duoc gidi han boi do thi
ham s6 y = f(x), truc hoanh va hai duong thing x=a, x=>b(a<b) (phan t6 ddm trong hinh

A. 11.

v€) tinh theo cong thic nao dudi day ?
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Ciu 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

TAI LIEU ON THI THPTQG 2021

(C):iy=f(x)

A.S=jf(x)dx+jf(x)dx. B. 5= [ f(x)dv.
C.S=—jf(x)dx+jf(x)dx. D.Szjf(x)dx‘

(Viét Piwe Ha Noi 2019) Tinh dién tich S hinh phing gi6i han boi cic duong
y=x+1,x=-1,x=2 va truc hoanh.

A. S=6. B. S=16. C.Szg. D. S=13.

(THPT An Lo Hai Phong 2019) Goi S 1a dién tich hinh phing gidi han boi cac duong
y=x"+5,y=6x, x=0,x=1.Tinh S.

4 7 8 5
A. — B. — C. - D. -
3 3 3 3
(THPT An Lo Hai Phong 2019) Goi dién tich hinh phing gidi han boi dd thi ham sb
(C):yz —3x-1 va hai tructoaddla S. Tinh S?
A. S=l—lni B.S=4lni C.S=4lni—l D.Szlni—l
3 3 3 3

Dién tich hinh phang gi¢i han boi y =x’;y=0;x=1;x=2 bang
4 7 8

A, —. B. —. C. - D. 1.
3 3 3

(THPT L& Xoay Vinh Phiic 2019) Goi S 1a dién tich hinh phang giéi han boi d6 thi ctia ham sb

(H):y= x—_i va cdc truc toa d9. Khi do gid tri ciia S béing
X+

A.2In2-1. B. n2+1. C.In2-1. D. 2In2+1.

(Toan Hoc Tudi Tré 2019) Goi S 14 dién tich cua hinh phang gi¢i han béi cac duong y = 1n_2x ,
X
y=0, x=1, x=e. Ménh dé nao dudi day ding?
rIlnx rlnx “(lnx) “(Inx)
A.S—ﬂ[?dx. B.S—[xTM. C.S—[[?]dx. D.S—ﬂ'f[—z]dx

. X

(Chuyen Phan Bdi Chau Nghé An 2019) Dién tich hinh phang giéi han bdi do thi cac ham sb
y=—x"+2x+1, y=2x"—4x+11a
A. 8. B.5. C. 4. D. 10.
(THPT Yén Phong 1 Bic Ninh 2019) Tinh dién tich hinh phing giéi han boi hai d6 thi
y=x"+2x, y=x+2.
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7 9

A, —. B. —. C.
2 2

o | D
=]
|

Ciu 34. (Chuyén Ha Long 2019) Hinh phing (H) dugc gi6i han béi cac duong y =x", y=3x-2.
Tinh dién tich hinh phing (H)

2 1 1
A. 3 (dvdt) B. 3 (dvdt) C. 1 (dvdt) D. s (dvdt)
Cau 35. (THPT Gang Thép Thai Nguyén 2019) Di¢n tich hinh phing gi6i han béi db thi cic ham s ) = Inx, y= 1 va duomg thing x =1
bing
A e B.e+2. C. 2e. D. e-2.
Cau 36. Dién tich hinh phing gi6i han béi dd thi ciia ham s6 y=4x—x" va duong thing y = 2x bing
A4 B. 22 ct p. 1
3 3 3
Cau 37. (THPT L& Quy Pon Pa Ning 2019) Tinh dién tich phan hinh phing gach chéo (tam gic cong
OAB) trong hinh v& bén.

A.é. B.S—ﬂ. C.E. D.S—ﬂ.
6 6 15 15

Ciu 38. (KTNL GV Thuin Thanh 2 Bic Ninh 2019) Tinh dién tich S cta hinh phiang gii han béi cac
duong y=x"-2x, y=0, x=-10, x=10.

A.S:@. B. S =2008. C. S =2000. D.S:@.

Ciu 39. (THPT Ngé Si Lién Bic Giang 2019) Goi S 1a dién tich hinh phang gii han boi cac duong

1
y=f(x), truc hoanh va hai duong thang x=-3, x=2 (nhu hinh v& bén). Pat a= If(x)dx,
-3

2
b= If(x)dx . Ménh dé nao sau day la dung.
1

A. S=a+b. B. S=a-b. C.S=-a-b. D. S=b-a.

Ciu 40. (Chuyén Bic Giang 2019) Dién tich hinh phang gidi han boi d6 thi ham s6 y =x* va duong
thang y =2x la:

Trang 8 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/




Cau 41.

Cau 42.

Cau 43.

TAI LIEU ON THI THPTQG 2021
23
D. —
15

A B.2 c.2
3 3 2

(Chuyén Phan Bdi Chau 2019) Dién tich hinh phing giéi han boéi d6 thi cac ham sb
y=—x"+2x+1, y=2x"—4x+11a

A. 8 B. 5 C. 4 D. 10

(Hsg Bic Ninh 2019) Goi S 1a dién tich hinh phing gi6i han boi d6 thi ham sb y = x—‘i va cac
X+

truc toa d9. Khi do gia tri cia S 1a

A. S=1+In2. B. S=2In2-1. C. S=2In2+1. D. S=In2-1.

Dién tich hinh phang gidi han boi hai d6 thi ham sé y=x, y=x’—4x+4 va tryc Ox (tham

khao hinh v€) dugc tinh theo cong thirc nao dudi day?
v ! =x’—4x+4
4 ) - ‘[‘

\
310

@ Thé tich vit thé

Goi B la phan vit thé gidi han bdi hai mdt phang vuéng géc véi truc Ox tai cdc diém a va b, S(x) la

dién tich thiét dién cua vit thé bi cdt béi mat phcfng vuong goc voi truc Ox tai diém x,
(a<x<b). Gia sir S(x) la ham s6 lién tuc trén doan [a;b]. Khi do, thé tich cia vit thé B duwoc

b
xdc dinh: |V = [ S(x)dx|

®@ Thé tich khéi tron xoay

a) Thé tich khoi tron xoay dwoc sinh ra khi quay hinh phang gidi han béi cdc dwong y = f(x), truc hoanh

va hai dwong thang x = a, x =b quanh truc Ox:
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YA
/ y=rx
) (C):y=f(x)
L | (0x):y=0 A
o| @ | ib:(.;)x x=a Vx=n‘[[f(x)]zdx
“I‘ ?II:/—\“*E/”‘ x=b

b) Thé tich khoi tron xoay dwoc sinh ra khi quay hinh phang gidi han béi cdc dwong x = g(y), truc hoanh
va hai dwong thang y=c, y=d quanh truc Oy :

YA
‘D
{:‘:—:_:_:'d“" (C):x=g)
\ d
Oy):x=0 2
\ _
' y=c V, = 7rj;[g(y)] dy
L’:-:_:_C == _ y= d
[3) X

¢) Thé tich khéi tron xoay dwgc sinh ra khi quay hinh phang gi6i han boi cac dwong y = f(x), y=g(x)
(ciing nam mét phia so véi Ox) va hai dwong thang x=a, x=b quanh truc Ox:
VA

V=x|f>(x)-g (x)|dx|

d5

Caul. (D& Minh Hoa 2017) Viét cong thirc tinh thé tich ¥ ciia khéi tron xoay dugc tao ra khi quay
hinh thang cong, giéi han béi dd thi ham sb y=f (x) , truc Ox va hai duong thing

x=a,x=b(a<b), xung quanh truc Ox .
A.V=I|f(x)|dx B.Vzﬂ_[fz(x)dx C.szfz(x)dx D.V:ﬂjf(x)dx

(P& Tham Khio 2018) Cho ham s6 y = f(x)lién tuc trén doan [a;b]. Goi D 1a hinh phing gi6i
han boi dd thi ham sé y :f(x) , truc hoanh va hai dudng thing x =a,x :b(a < b). Thé tich cua
khdi tron xoay tao thanh khi quay D quanh truc hoanh dugc tinh theo cong thirc:

A.szzzjif(x)dx B.V=ﬁjf2(x)dx C.V=27zjif2(x)dx D.V=ﬂ2if2(x)dx

Cau3. (Mi 101 2020 Lan 2) Goi D 1a hinh phing gii han béi cac duong y=¢>, y=0, x=0 va
x =1. Thé tich ctia khdi tron xoay tao thanh khi quay D quanh truc Ox bang:

1

A. ﬁjeSde. B. j.e”dx. C. ﬂjeéxdx. D. je“dx.
0 0 0 0

Ciau4. (Mai 102 - 2020 Lan 2) Goi D la hinh phang giéi han boi cac duong y=e*,y=0,x=0 va
x =1. Thé tich cia khéi tron xoay tao thanh khi quay D quanh truc Ox bang

1 1
C. nje“dx. D. jesxdx.

0

A. je”dx. B. njegxdx.
0 0

0
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Cau 7.

Cau 8.

Cau 10.

Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021
(M3 103 - 2020 Lin 2) Goi D la hinh phang giéi han boi cac duong y =€,y =0,x=0 va
x =1. Thé tich khéi tron xoay tao thanh kho quay D quanh Ox bang

A. 7[.[0184de. B. J.Olezxdx. C. ﬁj.olezxdx. D. _[Ole”dx.

(M3 104 - 2020 Lan 2) Goi D la hinh phang giéi han béi cac duong y=e*,y=0,x=0 va

x =1. Thé tich ctia khdi tron xoay tao thanh khi quay D quanh truc Ox béang
1 1 1 1

A. njezxdx. B. njexdx C. jexdx. D. Iezxdx.

0 0 0 0
(M3 103 2018) Cho hinh phing (H) giéi han béi cac duong y=x"+3, y=0, x=0, x=2.
Goi V' 1a thé tich ctia khéi tron xoay duoc tao thanh khi quay (H ) xung quanh truc Ox . Ménh dé
nao dudi day ding?

A. V:j.(x2+3)dx B. V:ﬂj(szrB)dx
0 0

C.V=

O© C— 1O

(xz+3)2 dx D. Vzﬁj(f +3)2 dx
0

(M4 105 2017) Cho hinh phing D gidi han bdi dudong cong y=e", tryuc hoanh va cac duong
thang x=0, x =1. Khdi tron xoay tao thanh khi quay D quanh tryc hoanh c6 thé tich V bang
bao nhiéu?

“(32 +1) e’ -1 ne’

A V= . . e
2 2 3 2

(M3 104 2017) Cho hinh phang D gi6i han véi duong cong y = /x> +1, truc hoanh va cac
duodng thang x = 0,x = 1. Khdi tron xoay tao thanh khi quay D quanh tryc hoanh c6 thé tich V/
bang bao nhiéu?

= e

(M4 123 2017) Cho hinh phing D gi¢i han boi dudng cong y=+2+cosx, tryuc hoanh va cac

duong thang x =0,x = g . Khéi tron xoay tao thanh khi D quay quanh truc hoanh c6 thé tich V

bang bao nhiéu?
A.V=(n+1)rn B.V=n-1 C.V=n+l D.V=(n-Dn

(M3 110 2017) Cho hinh phang D giéi han bai duong cong y =+/2+sinx, truc hoanh va cac
duong thing x =0, x =7 . Khbi tron xoay tao thanh khi quay D quay quanh truc hoanh cé thé
tich ¥ bang bao nhiéu?
AV =27(7+1) B.V=2r C.V=2(z+1) D. V=27
(M3 104 2018) Cho hinh phang (H) gidi han boi cac duong thing y=x"+2,y=0,x=1,x=2.
Goi V' 1a thé tich ctia khéi tron xoay dugc tao thanh khi quay (H ) xung quanh truc Ox . Ménh deé
nao dudi day dung?

2 2
A. V=I(x2+2)dx B. V=7r_[(x2+2)2dx

1 1
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

C. V=j(x2 +2)dr D Vzﬂj(x2+2)dx
1 1

(Pé Tham Khao 2017) Tinh thé tich V cua phan vat thé gidi han boi hai mit phang x=1 va
x=3, biét rﬁng khi cét vat thé bai mit phéng vuong goc voi truc Ox tai diém c¢6 hoanh do x

(1< x<3) thi dugc thiét dién 12 mot hinh chit nhat c6 d6 dai hai canh 1a 3x va v3x* —2.

A.Vz% B.V=(32+215)r C.V=32+215 D.V=%

Tim cong thirc tinh thé tich ctia khéi tron xoay khi cho hinh phiang gidi han boi parabol
(P):y=x" vaduong thing d : y = 2x quay xung quanh truc Ox.

2 2 2 2 2 2
A. ﬁf(x2—2x)2dx. B. ﬂ_[4x2dx—7zfx4dx. C. ﬁ_[4x2dx+ﬁfx4dx.D. ﬁj(2x—x2)dx
0 0 0 0 0 0
(THPT Doan Thugng - Hai Dwong - 2019) Cho hinh phing (H) gi6i han béi cac duong

y=x"+3,y=0,x=0, x=2. Goi ¥ la thé tich khéi tron xoay duoc tao thanh khi quay (H)

xung quanh truc Ox . Ménh dé nao sau day ding?

AV;rjx+3deij+3dx
C.V= jx +3 . D.V:zzj(x2+3)dx.
0 0

(Chuyén Tran Phi Hai Phong 2019) Goi V' 1a thé tich cua khdi tron xoay thu duoc khi quay
hinh thang cong, gidi han bdi dd thi ham s y=sinx, truc Ox, truc Oy va duong thflng X =%,

xung quanh truc Ox. Ménh dé nao duéi day ding?

: : : :
AV = Jsin2 xdx B.V= _fsin xdx C.V= ﬁj sin® xdx D. V= 7Z'I sin xdx
0 0 0 0

Thé tich khéi tron xoay dugc sinh ra khi quay hinh phing gii han boi d6 thi ciia ham sb
y =x* —2x, truc hoanh, dudng thang x =0 va x =1 quanh truc hoanh bang
loz B. 2% c.z. p. 37
15 3 3 15
(THPT Yén Phong S6 1 Bic Ninh 2019) Cho mién phang (D) gi6i han boi y = Jx , hai duong
thang x =1, x =2 va truc hoanh. Tinh thé tich khi tron xoay tao thanh khi quay (D) quanh truc
hoanh.

A. 37 B. % c. 2z D. >
2 3 2
(Sé Phu The 2019) Cho hinh phang (H) gi¢i han boi cac duong y =2x—x7, y=0. Quay (H)

quanh tryc hoanh tao thanh khdi tron xoay c6 thé tich 1a

A. j.(Zx—xz)dx B. ch‘(Zx—xz)2 dx C. j(Zx—xz)z dx D. nt (Zx X )dx
0 0

0

O C— 1O
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

TAI LIEU ON THI THPTQG 2021

Cho hinh phang gi6i han bdi cac duong y =+/tanx,y =0,x=0,x =% quay xung quanh truc Ox .

Tinh thé tich vat thé tron xoay dugc sinh ra.

AL 7rln2_ B. 7ln3
2 4
c.z. D. 7ln2.
4

(THPT Hoang Hoa Tham Hung Yén 2019) Thé tich khdi tron xoay khi quay hinh phing (H )
1
xac dinh boi cac dudong y =§x3 —x%, y=0, x=0 va x=3 quanh tryc Ox la
A8z B. 3L, Ly p. L.
35 35 35 35
(Chuyén Lwong Thé Vinh Pong Nai 2019) Thé tich khdi tron xoay khi cho hinh phang gidi han
boi parapol (P): y =x” va duong thang d: y = 2x quay xung quanh truc Ox bang:

A. ﬂ.z[(2x—x2)dx. B. ﬁi(x2—2x)2dx.
0 0

C. ﬁj4x2 dx+ﬁjx4dx. D. ﬂj4x2dx—ﬂjx4dx.
0 0 0 0

(THPT Nghia Hung ND- 2019) Tinh thé tich cuia vat thé tao nén khi quay quanh tryc Ox hinh
phang D gidi han boi dd thi(P) :y=2x—x" vatryc Ox bang:

Ay =7 B. V=137, c.y=1~ .y =167
15 15 15 15
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Chuyén dé 27 (NG DUNG TICH PHAN

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA MUC 7-8 PIEM

phan dé tim dién tich|

(C):y=71(x) p

® Hinh phang (H) gidi han béi §(C,):y = g(x) thi dién tich la |S = j | /(%) — g(x)|dx]|.
x=a,x=b (a<b) g

(C):iy=f(x) p

Hinh phang (H) giéi han béi {(C,):Ox:y=0  thidién tichla |S = j | /()| dx]
x=a,x=b (a<b) .

ia\é B v Sy, = 7wab.
?g = bz = o a x . x2 y2

@ Hinh thirc dé thwong hay cho
Hinh thikc 1: Khong cho hinh ve, cho dang (H):{y = f(x), y=g(x), x=a, x=b (a <b)}

b
— I | f(x)— g(x)| dx = két qud, so sanh véi bon dap an.
Hinh thiec 2: Khong cho hinh ve, cho dang (H):{y = f(x), y = g(x)}
Giai f(x)=g(x) tim nghiém Xx,,...,X,, Vi X, nho nhdt, x, l6n nhat —=°— j | f(x)— g(x)|dx.
Hinh thirc 3: Cho hinh ve, sé giai phwong trinh tim toa do giao c?‘iém (néu chwa cho trén hinh), chia ting
dién tich nho, x6 hinh tir trén xuong, ghi cong thirc va bam mdy tinh.
Hinh thirc 4: Cho ba ham tro lén, chang han y = f(x), y = g(x), y = h(x) ta nén vé hinh.
Caul. (P& Tham Khio 2018) Cho (H) 1a hinh phing giéi han béi parabol y=+/3x>, cung tron co

phuong trinh y =+4—x> (véi 0<x <2 ) va truc hoanh (phan t6 dam trong hinh v&). Dién tich
cua (H) bang

A 47r1+2\/§ 5. 47:\6 c 472'+26\/§—3 o 5@3—%

Ciu 2. Dién tich phan hinh phing dugc t6 dam trong hinh v& bén duoc tinh theo cong thirc nao dudi
day?
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Cau 6.

Cau 7.

A. j.l(xz—2+\/M)dx. B. j.l(xz—2—\/M)dx.
. J(=s2e BfJas. b J( 2= .

(Sé Bic Giang 2019) Dién tich hinh phang gidi han boi duong cong y = xInx, truc hoanh va
duong thang x=e 1a

2 2 2 2
e —1 B.e+1 C.e 1 D.e+1.

A. . . .
2 2 4 4

Gia tri dwong cta tham s m sao cho dién tich hinh phing giéi han boi d6 thi cia ham sb
y =2x+3 va cac duong thang y=0,x=0,x=m bang 10 1a

A.m:%. B. m=5. C.m=2. D. m=1.

7—4x khi 0<x<1

) . Tinh dién tich hinh phing
4—x" khi x>1

(Chuyén KHTN 2019) Cho ham s6 f(x):{

gi6i han boi d6 thi ham s6 £ (x) va céc dudng thing x =0,x=3,y=0.

AL B 2. C. 10. D. 9.

3 3
(Chuyén Quéc Hoc Hué 2019) Tinh dién tich S cua hinh phing (H) gi6i han béi cac duong

cong y=—x +12x va y=—x".

A 5= B. 5= c.s="3 p. 5=
12 12 4 4

(Viét Pirc Ha Ngi 2019) Cho (H) 1a hinh phang gi¢i han béi cac dudng y = Jx, y=x-2va
truc hoanh. Dién tich cua (H ) bang

Al B.
3

w | oo
9
|
=}
|
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TAI LIEU ON THI THPTQG 2021
Cau 8. Dién tich hinh phang duoc gii han boi cac duong y=x+x—1va y=x*+x-11a

B B. . c.t p. %
15 15 5 15
Ciau9. (THPT Nghia Hung ND- 2019) Goi S 14 hinh phang giéi han bai d6 thi ham s6 (H): y = x—_i
X+
va cac truc toa 6. Khi d6 gia tri ciia S béng
A. S=In2+1. B. S=2In2+1. C.S=In2-1. D. S=2In2-1.
Ciu 10. (THPT Gia Loc Hai Dwong 2019) Tinh dién tich ciia phan hinh phing gach chéo trong hinh v&
sau:
y A
y=vz
y=x—2
O 2 T
A.m. B. 4. C.E. D.E.
3 3 3

Cau11. (HSG Bic Ninh 2019) Cho hinh phing (H) giéi han béi parabol y :f—z va dudng cong cb

2
phuong trinh y =, /4 —x? (tham khéo hinh v€ bén )

¥

4 ° 4
Dién tich hinh phang (H ) bang:
2(47++3
A ( . ) B. 4712\/5 C. 477-;-\/5 D. 4\/§6+7r

Cau 12. Cho ham sb f (x) xac dinh va lién tuc trén doan [—5;3] ¢6 dd thi nhu hinh v& bén. Biét dién tich
cta hinh phang (4), (B), (C), (D) gi6i han béi d6 thi ham sé y = f(x) va truc hoanh lan luot

la 6; 3;12; 2. Tinh tich phan j_l3[2f(2x+l)+l]dx bang
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y o
X
."':f .-"'.
.'l:: ..I',
£ .l'l \
) '.,I ..'I II'I
\ / I".

[ © |\

[ A tﬁ. \

| \ ..r' 'I,. ..'
\ .-'lll '-..\\ib

5 "T\‘fn]{? = O - | 3 -
A. 27. B. 25. C. 17. D. 21.
Céu 13. Dién tich hinh phing gi6i han béi d6 thi ham sé y =|x—1| va nira trén cua dudng tron x* +)” =1
béang?
Az L iy cZ-o1. p.Z-1.
4 2 2 2 4
Cho () 1a hinh phang dugc t6 d4m trong hinh v& va duoc giéi han
-x khix<1 = , .
. Dién tich ciia (H) bang?

[Kim Lién - Ha N¢i - 2018]

Cau 14.
x—2khi x>1

boi cac dudng co phuong trinh y = 3% -x’, y= {

|-ll

=y

D. —.
3

Al
6
(THCS&THPT Nguyén Khuyén - Binh Dwong - 2018) Cho duong tron c6 duong kinh bang 4

va 2 Elip lan lugt nhan 2 duong kinh vudng goc nhau ciia dudng tron 1am truc 16n, truc bé cia
mdi Elip déu bang 1. Dién tich S phan hinh phang ¢ bén trong dudng tron va bén ngoai 2 Elip

Cau 15.
(phan gach card trén hinh v&) gn véi két qua nao nhét trong 4 két qua dudi day?
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A. S=4.8. B. S=39. C. 5=3,7. D. S=3,4.

Ciu 16. (THPT Tran Qudc Tuin - 2018) Tinh dién tich S cta mién hinh phang giéi han boi dd thi cia

ham s f(x)=ax’+bx’ +c, céc duong thang x =1, x=2 va truc hoanh (mién gach chéo) cho

trong hinh duéi day.
y A
X
A 5= B.S=22. c.s=2. D. 5=
8 8 8 8

Cau17. (Chuyén Thoai Ngoc Hau - 2018) Cho ham s6 f lién tuc trén doan [—6;5], c6 dd thi gom 2

5
doan thiang va ntra dudng tron nhu hinh vé. Tinh gia trj I = j [ f (x) + 2] dx.
-6

-6 /—4 0 2 3

A. I =27+35. B. [ =27+34. C. I =27+33. D. I =27+32.

Ciu 18. Hinh vuong OABC c6 canh bang 4 duoc chia thanh hai phan béi dudng cong (C ) c6 phuong

1 . A . 3 . .
trinh y = sz .Goi §,, S, lan lugt 1a dién tich ctia phan khong bi gach va bi gach nhu hinh v€ bén

. C S
duéi. Ti s6 — bing
2

A.%. B. 3. C D. 2.

1
.5
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Cau 19. (Viét Pirc Ha Noi 2019) Ki hiéu S(t) 1a dién tich cua hinh phing gii han boi cic dudng

y=2x+1, y=0, x=1, x=¢ (¢>1). Tim r dé S(¢)=10.
A t=3. B.=4. C.t=13. D. 1=14.

, 3 .
Cau 20. (Ma 104 - 2019) Cho duong thang y = Ex va parabol y = x*+a (‘a la tham so0 thyc duong).

Goi S, ,.S, l1an luot 1a dién tich hai hinh phang dugc gach chéo trong hinh v& bén. Khi S, =S, thi

a thudc khoang nao dudi day?

2 1 9 29 9 1
A.| 0;— B.| —;— C.|—;— D.|—:—
[ 5) (2 16) (5 20) (20 2}

Cau21. (Mai 102 - 2019) Cho duong thang y = %x va parabol y = %xz +a, (a 1a tham s thuc duong).

Goi S, S, 1an Iuot 1a dién tich ciia hai hinh phing duoc gach chéo trong hinh v& bén. Khi S, =S,

thi a thudc khoang nao dudi day?

A. (l,lj B. (l,ij C. (i,lj D. (O;ij.
3274 4’32 16°32 16
Cau22. (Mi 103 - 2019) Cho duong thang y =3x va parabol 2x* +a (a la tham sé thuc dwong). Goi S,

va §, lan luot 14 dién tich cia hai hinh phang dugc gach chéo trong hinh v& bén. Khi S, =S, thi

a thugc khoang nao dudi day?
y A

S T

I |
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TAI LIEU ON THI THPTQG 2021
Cau23. (Mai 102 2018) Cho hai ham s6 f(x)=ax’ +bx’ +cx—2 va g(x)=dx’ +ex+2 (a, b, ¢, d,

e € R). Biét rang d6 thi cia ham sb y = f(x) va y= g(x) cit nhau tai ba diém c6 hoanh d6 lan

lugtla —2; —1; 1 (tham khao hinh vé).

Hinh phang gidi han boi hai d6 thi da cho co dién tich bang
7 B. >/ c b .2
12 6 2 2

Ciau24. (Ma 101 2018) Cho hai ham s f(x)zax3+bx2+cx—% va  g(x)=dx’ +ex+1

(a,b,c,d,ecR). Biét rang d6 thi ham sé y = f(x) va y =g(x) cét nhau tai 3 diém c6 hoanh d¢
lan luot 14 —3; —1; 1 (tham khao hinh v&). Hinh phang gi¢i han boi 2 d6 thi di cho c6 dién tich
bang

YA

TR

_3 -1 N v/ x

A. 5 B. C.8 D. 4

| o

Cau25. (Ma 103 2018) Cho hai ham s6 f(x)=ax’ +bx* +cx—1 va
g(x)=dx* +ex+% (a,b,c,d,ecR). Biét rang do thj ctia ham s0 y = f(x) va y = g(x) cit nhau

tai ba diém c6 hoanh d6 1an luogt —3;—1;2 (tham khao hinh v&).
YA

3 —iY

Hinh phing gii han boi hai db thi da cho c6 dién tich bang
A28 B. 125 .23 p. 128
12 12 48 48
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Ciu26. (Ma 104 2018) Cho hai ham s6 f(x)=ax’ +bx’ +cx+% va  g(x)=ax’ +ex—%,
(a,b,c,d,eR). Biét ring d6 thi cua ham sé y=f(x) va y=g(x) cit nhau tai ba diém c6
hoanh d¢ 1an lwot 14 —2; 1; 3 (tham khao hinh v&). Hinh phing giéi han béi hai d6 thi dd cho ¢

dién tich bang
Ly
: b
253 5. 125 c. 125 p, 253
48 24 48 24

Cau 27. Cho parabol (Pl):yz—)c2 +2x+3 cit truc hoanh tai hai diém 4,B va dudng thang d:y=a
(0<a<4). Xét parabol (B,) di qua 4,B va c6 dinh thudc duong thang y=a. Goi S, la dién
tich hinh phang gi6i han bdi (B) va d .Goi S, 1a dién tich hinh phang gi6i han boi (P,) va truc
hoanh. Biét S, =S, , tinh T =a’ —8a’ +48a.

A.T=99. B. T =64. C.T=32. D.T=72.
Ciu 28. (Tinh Bic Ninh 2019) Cho ham sé y = f(x) 13 ham sb da thirc bac bon va c6 dd thi nhu hinh v&.
u= f(z)

Hinh phang gi6i han bai do thi hai ham s6 y = f(x); y = f'(x) c6 dién tich bang

1
127 b 127 c.1o p. 12

T 40 T10 5 5
Ciau29. (THPT An Lio Hai Phong 2019) Goi S 1a dién tich hinh phing gii han boi cac duong
my = x>, mxzyz(m>0). Tim gia tri cia m dé S =3.
A. m=1 B. m=2 C. m=3 D. m=4
Cau30. (THPT CAm Giang 2 -2019) Cho hinh thang cong (/) gi6i han béi cac duong y=e*, y=0,
x=0, x=In4. Dudng thing x=k (0<k <In4) chia (/) thanh hai phan c6 dién tich 1a S, va
S, nhu hinh v& bén. Tim £ d& S, =28,.

/"/
p-
1 /,// S
_ S

0 k‘ md
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

TAI LIEU ON THI THPTQG 2021
A.k:%lnz. B.k:ln% C.k=n2. D. k=In3.

Hinh phang (H) dugc giéi han boi db thi cta hai ham sé da thitc bac bén y = f(x) va y=g(x).
Biét réng dd thi cau hai ham sd nay cit nhau tai dang ba diém phan biét c6 hoanh do lan luot 12
~3;-1; 2. Dién tich ctia hinh phang (# ) ( phan gach soc trén hinh v& bén ) gin nhit vai két qua
nao dudi day?

N

A. 311 B. 2,45 C. 3,21 D. 2,95

(THPT Quynh Luu 3 Nghé An 2019) Cho parabol (P):y=x" va hai diém 4,8 thudc (P) sao
cho 4B =2.Dién tich 16n nhat ciia hinh phang gi6i han boi (P)va dudng thang 4B la

A2 B.>. c.2. p. 2
4 2 3 3

(KTNL GV Thun Thanh 2 Bic Ninh 2019) Cho Parabol (P):y=x’+1 va duong thing
d:y=mx+2 véi m 1a tham s6. Goi m, l1a gia tri cia m dé dién tich hinh phing gi¢i han boi
(P) va d 1anho nhat. Héi m, nam trong khoang nao?

1
2

(THPT Yén Phong S6 1 Bic Ninh 2019) Cho ham sé f (x) xac dinh va lién tyc trén doan

A. (—\E;—%). B. (0;1). C. (-1 D. (%;3).

[-5;3]. Biét rdng dién tich hinh phiang S,, S,, S, gi6i han béi do thi ham s6 f(x) va dudng

parabol y = g(x)=ax’ +bx+c lan lugt 1a m,n,p.

y=g(z)

3
Tich phénjf(x)dx bang
s

208 208 208 208
A.-m+n-p—. B.m-n+p+— C.m-n+p— D.—-m+n—-p+——.
P75 PTys P75 P ys
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Cau 35. Cho ham sb6 f (x) lién tuc trén R va co6 dd thi nhu hinh v& bén. Biét réng dién tich cac phén

T
j‘
0

(4),(B) lan lugt bang 3 va 7. Tich phan |cosx.f (5sinx—1)dx bang

A, —— B. 2 C.
5

D. -2

Cau36. Chohamsé y= f(x) c6dd thi nhu hinh v& va dién tich hai phan 4, B 1an luot bang 11 va 2.

Ty y=flz)
1 x
O N
Gid tri ciia 1 = [ f (3x+1)dx bing
-1
A. 3. B. % C. 9. D. 13.

Ciu 37. (Chuyén Nguyén Trii Hai Dwong 2019) Hinh phing (H ) duoc gi6i han boi do thi (C ) cua
ham da thtic bac ba va parabol

(P) c6 truc d6i xtmg vudng goc véi truc hoanh. Phan té ddm ctia hinh v& c6 dién tich bang

37 7 c U S
127 12 127 12°
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

TAI LIEU ON THI THPTQG 2021
2
(Viét Pirc Ha N§i -2019) Parabol y = % chia hinh tron c6 tam la géc toa d0, ban kinh béng

3 Y
24/2 thanh hai phén c6 dién tich S, va §,,trong do S, <S§,. Tim ti s6 S—l

2

A 37r+2. B. 971—2_ C. 37r+2_ D. 3r+2 _
127 3r+2 97 -2 21z -2
2 2 2
Tim s6 thuc @ dé hinh phing gioi han béi hai dd thi ham yz"f#“ va y:“l o
+a +a

dién tich 16n nht.
1

A —.
B

Cho ham s6 y = f(x) c6 dao ham trén R, d6 thi ham s6 y = f(x) nhu hinh v&. Biét dién tich

B. 1. C.2. D. 3.

hinh phang phan soc ké bang 3 . Tinh gia tri cta biéu thic:

T:jf’(x+1)dx+j-f'(x—l)dx+jf(2x—8)dx

h}'
P
|
0 1 i .
2 Y\/ 3 X
a1
9 3
A.TZE. B.T=6. C.TZO. D.TZE.

(THPT Yén Khanh - Ninh Binh - 2019) Cho ham s6 y=x"—6x>+m c6 dd thi (C,). Gia sir

(Cm) cét truc hoanh tai bon diém phan biét sao cho hinh phéng gidi han boi (Cm ) va truc hoanh c6

A ; ~ N \ A ; s \ L qiA er M Py a ., .
phan phia trén truc hoanh va phan phia dudi truc hoanh c6 dién tich bang nhau. Khi d6 m = 3 (vo1

a, b 1a cac sd nguyén, b>0, % 1a phan s6 t6i gian). Gid tri cua biéu thic S=a+b la:
A.7. B. 6. C.5. D. 4.

Hinh phang (H) dugc gidi han boi do thi (C) ctia ham sé da thirc bac ba va parabol (P) ¢o truc d6i
xtng vudng goc véi tryc hoanh. Phan t6 ddm nhu hinh v& co dién tich bang

37 7 5
. . B. —. D. —.
12 12 12
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Cau 43.

Cau 44.

Cau 45.

Cau 46.

. e I 1
(Chuyén Ha Long - 2018) Cho cac s p,q thoa man cac diéu kién: p>1, ¢g>1, —+—=1 va
P q

céc s6 duong a,b. Xétham so: y=x"" (x>0)c6 dd thi la (C). Goi (S,) 1a dién tich hinh phang
gi6i han boi (C), truc hoanh, dudng thing x = a, Goi (S,) 1a dién tich hinh phing gidi han béi
(C), truc tung, dudng thang y =b, Goi (S) 1a dién tich hinh phang gidi han boi truc hoanh, truc
tung va hai duong thang x =a, y =b. Khi so sanh S, +S§, va S tanhin duoc bat dang thirc nao

trong cac bat dang thuc dudi day?

d
‘l"—h
i) -
il :‘
P q p-1 q-1 p+l q+1 P q
ALY B P s e s
P q p-1 g-1 p+l g+l P q

(Ha Ngi - 2018) Cho khéi try c6 hai ddy 1a hai hinh tron (O;R) va (O';R), OO =4R. Trén
dudng tron (O; R) lay hai diém 4, B sao cho 4B = a~3 . Mit phing (P) diqua 4, B cit doan

00’ va tao voi day mot goc 60°, (P) cit khéi tru theo thiét dién 1a mot phén cua elip. Dién tich

thiét dién d6 bang
A. 4—”+£ R*. B. 2—”—£ R*. C. 2—”+£ R*. D. 4—”—£ R*.
302 3 4 3 4 302

(Chuyén Hung Vwong - Gia Lai - 2018) Cho parabol (P):y =x’va mot duong thing d thay
doi cit (P) tai hai diém A4, B sao cho 4B =2018. Goi S la dién tich hinh phang gi¢i han boi
(P) va dudng thang d . Tim gid tri 16n nhét S, cua S.

3 3 3 3
2018 +1‘ B. SWXZZOIS ‘ C. Smax:2018 1‘ D. Smax:2018 .
6 3 6 3

A' Smax =

(Chuyén KHTN - 2018) Cho ham s6 y =ax* +bx* +¢ ¢6 d6 thi (C), biét rang (C) di qua diém
A(-1,0), tiép tuyén d tai 4 cua (C) cit (C) tai hai diém c6 hoanh o 1an lugt 1a 0 va 2 va

dién tich hinh phang gi6i han béi d, do thi (C) va hai duong thang x=0; x=2 c6 dién tich

. 2 \
bang ?8 (phan t6 mau trong hinh v§).
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Dién tich hinh phang gi6i han béi (C) va hai duong thing x=—1; x=0 ¢6 dién tich bang

A2 B. L. c.2. D. L.
5 4 9 5

Ciu 47. (THPT Tw Ky - Hai Dwong - 2018) Dat S 1a dién tich cta hinh phing gi6i han boi d6 thi cua
ham sé y=4-x, truc hoanh va dudng thing x=-2, x=m, (-2<m <2). Tim s6 gia tri cua

tham sb m dé S=?.

A. 2. B. 3. C. 4. D. 1.

Cau 48. (THPT M9 Dirc - Quéng Ngii - 2018) Trong hé tryc toa dd Oxy, cho parabol (P):y=x" va
hai duong thing y=a, y=b (0<a<b) (hinh vé). Goi S, la dién tich hinh phing gi6i han boi
parabol (P) va duong thang y=a (phén to den); (S,) la dién tich hinh phang giéi han boi
parabol (P) va duong thang y =b (phan gach chéo). Véi diéu kién nao sau day ciia a va b thi
S, =5,?

v=b

A. b=34a. B. b=3a. C. b=3a. D. b=3/6a.
, X V3
Cau 49. (THPT Yén Khanh A - 2018) Cho hinh phang gidi han boi Elip T+ y* =1, parabol y= sz

va truc hoanh (phin t6 dam trong hinh v&) c6 dién tich T =%7z+§\/§ (voi

a,cel; b,d eN*;%,g la cac phan s6 toi gian). Tinh S=a+b+c+d.
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A. §=32. B. §=10. C. S=15. D. §=21.
Cau50. Cho ham s y=x+ax’ +bx+c (a,b,c € R) c6 db thi (C) VA y=mx’+nx+p (m,n,p € ]R) co
dd thi (P) nhu hinh v&. Tinh dién tich hinh phang gi6i han boi (C) va (P) ¢6 gia tri ndm trong

khoang nao sau day?

A. (0;1). B. (1;2). C. (2:3). D. (3;4).

O Thé tich vit thé
Goi B la phan vat thé gioi han boi hai mdt phang vuong goc voi truc Ox tai cdac diéem a va b, S(x) la

dién tich thiét dién cia vat thé bi cat béi mdt phcfng vuong goc voi truc Ox tai diém x,
(a <x<b). Gia sir S(x) la ham s6 lién tuc trén doan [a;b]. Khi dé, thé tich cia vit thé B duwoc

b
xdc dinh: |V = j S(x)dx].

3 =

)

@ Thé tich khdi tron xoay 7
a) Thé tich khoi tron xoay dwoc sinh ra khi quay hinh phang gioi han boi cdac dwong y = f(x), truc hoanh

va hai dwong thang x =a, x=b quanh truc Ox:
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YA
/ y=rx)
/ \ (C):y=f(x)
L | (0x):y =0 ¢
o| 1@ i ib.'{\.}>x x=a Vx=nj[f(x)]zdx
I‘\‘ M”, x=b

b) Thé tich khoi tron xoay dwoc sinh ra khi quay hinh phang gidi han boi cac dwong x = g(y), truc hoanh

va hai dwong thang y=c, y=d quanh truc Oy:

YA
{:’:_:-:_:'d-“ (C):x=g)
\ d
O0y):x=0 5
\ _
\l y=c v, = W[[g(y)] dy
b= - L y = d
0 X

¢) Thé tich khéi tron xoay dwgc sinh ra khi quay hinh phang gi6i han béi cic dwong y = f(x), y=g(x)

(ciing nam mét phia so véi Ox) va hai dwong thang x=a, x=b quanh truc Ox:

Cau 1.

Cau 4.

b y)\

v =xf|f>()-g*(x)|dx}
a v
~

b
A\ 4

(P& Minh Hoa 2017) Ki hiéu (H) 1a hinh phing gi¢i han béi d6 thi ham s6 y =2(x—1)e, truc
tung va tryc hoanh. Tinh thé tich ¥ cta khi tron xoay thu duoc khi quay hinh (H ) xung quanh
truc Ox

AV =(e=5)x B. V=(4-2¢)x C.V=€-5 D.V=4-2¢

(THPT An Lio Hai Phong 2019) Goi 7 1a thé tich khéi tron xoay tao thanh do quay xung quanh

2 2

\ A . , \ X poeg e A Ay ooz sr g A
truc hoanh mét elip c6 phuong trinh 55 + i}_6 =1. V co gia tri gan nhat vdi gia tri nao sau day?

A. 550 B. 400 C. 670 D. 335
(THPT Cim Giang 2 2019) Cho hinh phiang (H)gi¢i han béi cac dudng y=x"—2x, truc
hoanh va duong thang x=1. Tinh thé tich /' hinh tron xoay sinh ra boi (H ) khi quay

(H ) quanh truc Ox .

1
Av=37 B. v =107 c.v="%. p. v =17

3 15 8 8
(Chuyén Lé Quy Pén Quing Tri 2019) Cho hinh phing (D) duoc giéi han béi hai duong
y=2 (x2 - 1) : y=1—x". Tinh thé tich khdi tron xoay tao thanh do (D) quay quanh truc Ox .

o B. 2. c. 2% p. &
15 15 15 15
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Cau 5.

Cau 8.

Cau 10.

(Chuyén Bic Giang -2019) Cho hinh phang giéi han boi cac duong y=tanx, y=0, x=0,

X = % quay xung quanh truc Ox . Thé tich ctia khdi tron xoay tao thanh bang:

A.5 B.x[1-= c. 2t D. x| Lin
4 2 2

(Chuyén Lé Hong Phong Nam Dinh -2019) Cho hinh phing gi6i han bdi cic duong
y= Jx -2 , y=0 va x =9 quay xung quanh truc Ox . Tinh thé tich khdi tron xoay tao thanh.
Av=L_. B V=2 cv='%. .y =%

6 6 11 6
(Chuyén L& Quy Don Dién Bién 2019) Tinh thé tich cua vat thé tron xoay dugc tao thanh khi
quay hinh () quanh Ox véi (H) duoc giéi han boi db thi ham s y =/4x—x? va truc

hoanh.
L B. 2% c. 3z p. 3%
3 3 3 3

(Chuyén Nguyén Tat Thanh Yén Bai 2019) Cho hinh phing (/) gi6i han boi do thi
y=2x-x" va tryc hoanh. Tinh thé tich ¥ vat thé tron xoay sinh ra khi cho (H) quay quanh

Ox.

4 16

A V=—r. B.V=—1x. _16 4
3 15

C.V=—. D.V=—.
15 3

Tinh thé tich vét tron xoay tao boi mién hinh phang gidi han boi do thi ham s6 y=x+3,

y=—Jx+3, x=1 xoay quanh truc Ox.
3
2
y=x+3
]
4 -IE! 2 1 o] 1
B ““---x,___ 1
Y= — \,f.a' + i.J;-H ]
-2 1
A. ﬂﬂ. B. ﬁﬂ'. C. ﬂﬂ'. D. ﬂﬂ.
2 2 3 3

(THPT Quang Trung Péng Pa Ha Noi 2019) Ky hiéu (H) 1a hinh phang gidi han boi do thi
ham sé y= f(x)= Jxe© , truc hoanh, dudng thang x =1. Tinh thé tich ¥ cta khdi tron xoay thu
duogc khi quay (H) quanh truc hoanh.

A V=e—1. B. V:ﬂ(ez—l). C.V=—rme -1. D. V=%7Z’<€2—1).
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

TAI LIEU ON THI THPTQG 2021
(THPT Yén Khanh - Ninh Binh 2019) Cho vat thé (7)) gii han béi hai mat phang x=0;x=2.

Cit vat thé (T) boi mat phang vudng goc véi truc Ox tai x(0<x<2) ta thu dugc thiét dién 1a
mot hinh vudng c6 canh bang (x+1)e*. Thé tich vét thé (7) bang

(13" -1) g 13¢ -1

A. . C. 2¢. D. 27e”.
4 4

Cho hai mat cau (8).(S,) c6 cung ban kinh R=3 thoa man tinh chit tim cua (S,) thude
(S,) va nguge lai. Tinh thé tich ¥ phan chung ctia hai khéi cau tao béi (S;),(S, ).

A.V=45—ﬁ. B.V=45—ﬁ. C.Vzﬁ. D.V=£.
8 4 4 8

(Toan Hoc Tudi Tré - 2018) Hinh phang giéi han boi hai db thi y = |x| va y=x" quay quanh
truc tung tao nén mot vat thé tron xoay co thé tich béng
AZ B.Z. e D. 2%,

6 3 15 15
(Chuyén Nguyén Thi Minh Khai - Séc¢ Tring - 2018) Cho hinh (/) giéi han boi d6 thi ham
s6 y= gﬁ , cung tron ¢6 phuong trinh y = m (v6i 0<x<2)va truc hoanh (phan t6 ddm

trong hinh v¢).

5]

Biét thé tich ctia khdi tron xoay tao thanh khi quay (H) quanh truc hoanh 1a ¥ = (—%\/g + gj 7,

trong d6 a,b,c,d eN" va %,g la cac phan sb tbi gian. Tinh P=a+b+c+d .

A. P=52. B. P=40. C. P=46. D. P=34.

(HSG Tinh Bic Ninh 2019) Cho hinh phing (H) duoc gidi han boi duong cong y =/m?* —x’
(m 1a tham s6 khac 0) va truc hoanh. Khi (/) quay xung quanh truc hoanh dugc khéi tron xoay

c6 thé tich ¥ . C6 bao nhiéu gia tri nguyén ciia m dé ¥ <1000z .
A. 18. B. 20. C. 19. D.21.

Cho ham sb y = f(x)=ax’ +bx’ +cx+d,(a,b,c,d e R,a #0) co dd thi (C). Biét rang dd thi
(C) tiép xtuc vé6i duong thing y =4 tai diém c6 hoanh d 4m va dd thi cua ham s6 y = f"'(x)
cho boi hinh v& dudi day. Tinh thé tich vat thé tron xoay duoc tao thanh khi quay hinh phang H
gidi han béi dd thi (C) va truc hoanh khi quay xung quanh truc Ox .
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ly=f (x)

1
A. Eﬂ'. B. —rx. C. 6r. D. dap an khac.

35 35
Ciu 17. (THPT Gang Thép Thai Nguyén 2019) Goi ¥ 1a thé tich khdi tron xoay tao thanh khi quay
hinh phing giéi han boi cac duong yZ\/; , y=0 va x=4 quanh truc Ox. Pudng thing
x=a(0<a< 4) cdt d6 thi ham s6 y = Jx tai M (hinh v€). Goi V] 1a thé tich khdi tron xoay tao
thanh khi quay tam gidic OMH quanh tryc Ox . Biét rang ¥ = 2F,. Khi d6

AY
M =
y=Ax
K H X
0 a 4 -
5
A a=2. B.a=22. C.a=5. D.a=3.

Ciu 18. (Chuyén Nguyén Trii Hai Dwong 2019) Cho hinh phing (D) gidi han boi cac duong
y=x—x, y=sinx va x=0.Goi V 14 thé tich khdi tron xoay tao thanh do (D) quay quanh truc

hoanh va V = pz*, (p € Q). Gia tri cia 24p bang

A. 8. B. 4. C. 24. D. 12.
E
y:T x> +3y* <16
Cau19. Trong mit phang toa do Oxy, (H,): y:—xT: (H,): x2+(y—2)224. Cho
x=-4,x=4 x2+(y+2)224

(H,),(H,)xoay quanh tryc Oy ta dugc cac vét thé co thé tich 1an lugt V;,V,. Pang thic nio sau
day dung.
A V.=V, B. V=2V, C. V=21, D.V =2V,

Cau 20. (THPT Chu Van An -Thai Nguyén - 2018) Cho hinh thang ABCD c6 AB song song CD va
AB=AD =BC=a, CD =2a. Tinh th¢ tich khoi tron xoay khi quay hinh thang ABCD quanh
tryc 1a duong thang AB.

3-242

3

ra’. D. za’.

A. Emf ) B. émf ) C.
4 2
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Cau2l. (Chuyén Lé Hong Phong - Tphem - 2018) Cho db thi (C):y = f(x)= Jx . Goi (H) 1a hinh

phang gi6i han boi d6 thi (C), duong thing x =9 va truc Ox. Cho diém M thudc do thi (C) va
diém A(9;0). Goi ¥} la thé tich khdi tron xoay khi cho (H) quay quanh truc Ox, ¥, 1a thé tich
khdi tron xoay khi cho tam giac 4OM quay quanh truc Ox . Biét rang ¥, =2V, . Tinh di¢n tich S
phan hinh phang gi6i han boi do thi (C) va dudng thang OM .

M
vy = flx)
2- :
o s g 9 10
A. §S=3. B.S=ﬂ. C.S=£. D.S=i
16 2 3
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Chuyén dé 27 (NG DUNG TICH PHAN

Cau 1.

Cau 2.

Cau 4.

Cau 5.

TAI LIEU DANH CHO POI TUQNG HOC SINH GIOI MUC 9-10 PIEM
dung tich phin deé giii bai toan chuyén dong

(M4 103 2018) Mot chat diém A xuat phat tir O, chuyén dong thing véi vén te bién thién theo
thoi gian boi quy luat v(r) = ﬁtz +%t (m/s), trong do ¢ (gidy) 1a khoang thoi gian tinh tir luc

A bit dau chuyén dong. Tir trang thai nghi, mot chat diém B ciing xuit phat tir O, chuyén dong
thang cung huéng véi 4 nhung chdm hon 10 gidy so v6i 4 va co gia toc bang a (m/sz) (ala
hang s6). Sau khi B xuit phat dugc 15 gidy thi dudikip 4. Van toc cia B tai thoi diém dudi kip
A bang

A. 15(m/s) B. 9(m/s) C. 42(m/s) D. 25(m/s)

(Mai 104 2018) Mot chat diém A xuat phat tir O, chuyén dong thang v6i van toc bién thién theo

thoi gian boi quy luat v(t)= %tz +%t(m /s), trong d6 ¢ (gidy) la khoang thoi gian tinh tir luc

A bit dau chuyén dong. T trang thai nghi, mot chat diém B ciing xuat phat tir O, chuyén dong
thang ctng huéng v6i 4 nhung cham hon 3 gidy so voi 4 va co gia toc bang a(m/ Sz) (a la
hang s6). Sau khi B xudt phat dugc 15 gidy thi dudi kip 4. Van tdc caa B tai thoi diém dudi kip
A bang

A. 21(m/s) B. 25(m/s) C. 36(m/s) D. 30(m/s)

(P& Minh Hoa 2017) Mot 6 t6 dang chay v&i van toc 10m/s thi ngudi 1ai dap phanh; tir thoi diém
do, 6 to chuyén dong cham dan déu véi van tdc v(t) =-5t+10 (m/s), trong d6 ¢ la khoang thoi
gian tinh bang gidy, ké tir luc bat dau dap phanh. Hoi tir luc dap phanh dén khi ding han, 6 t6 con
di chuyén bao nhiéu mét?

A.0,2m B.2m C. 10m D. 20m
(M4 102 2018) Mot chat diém A4 xuat phat tir O, chuyén dong thing v6i vén téc bién thién theo

thoi gian boi quy ludt v(¢)= ﬁtz +%t(m /), trong d6 ¢(gidy) 1a khoang thoi gian tinh tir luc

a bat dau chuyén dong. Tir trang thai nghi, mot chat diém B ciing xuét phat tir O, chuyén dong
thang cung huéng v6i 4 nhung cham hon 3 gidy so voi 4 va co gia tc bang a(m/ sz)(a la
hang s6). Sau khi B xuét phat dwoc 12 gidy thi dudi kip 4. Van téc ciia B tai thoi diém dudi kip
A bang

A. 15(m/s) B. 20(m/s) C. 16(m/s) D. 13(m/s)

(M3 101 2018) Mot chat diém A xudt phat tir O, chuyén dong thang voi van toe bién thién theo

11
? +§t(m/s), trong d6 ¢ (gidy) la khoang thoi gian tinh tir lac

A bit dau chuyén dong. Tir trang thai nghi, mot chat diém B ciing xut phat tir O, chuyén dong

1
thoi gian bdi luat v(¢) =—t
g quy luat v(?) 120

thang cung huéng v6i A nhung cham hon 5 gidy so voi 4 va co gia toc bang a(m/ sz) (ala

hing s6). Sau khi B xuat phat dugc 10 gidy thi dudi kip 4. Van toc ciia B tai thoi diém dudi kip
A bang
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Cau 6.

Cau 7.

Cau 9.

Cau 10.

Cau 11.

A. 15(m/s) B. IO(m/s) C. 7(m/s) D. 22(m/s)

(M3 105 2017) Mot vat chuyén dong theo quy luét s =—%t3 +6t% v6i t (gidy) 1a khoang thoi

gian tinh tir khi vat d6 bat dau chuyén dong va s(m) 1a quing dudng vat di chuyén duogc trong
khoang thoi gian d6. Hoi trong khoang thoi gian 6 gidy, ké tir khi bit dau chuyén dong, van toc
16n nhat cua vat dat dugc bang bao nhiéu?

A. 18(m/s) B. 108(m/s) C. 64(m/s) D. 24(m/s)

(PHQG Ha Ngi - 2020) Chét diém chuyén dong theo quy luat van téc v(¢)(m/s) c6 dang duong
Parapol khi 0<7<5(s) va v(¢) c6 dang dudng thing khi 5<¢<10(s).Cho dinh Parapol la

1(2,3). Hoi quang dudng di dugc chét diém trong thoi gian 0<7<10(s) 1a bao nhiéu mét?

N

A 181 B. 90. C. 92. p. 243

2 6

(Chuyén Luong Thé Vinh Pong Nai 2019) Mot 6 to dang chay véi toe do 20(m/s) thi nguoi
lai dap phanh, tir thoi diém d6 6 t6 chuyén dong cham dan déu véi van tde v(t) =-5t+ 20(m / S),
trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké tir liic bit dau dap phanh. Hoi tir luc dap phanh
dén khi ding han, 6 t6 con di chuyén bao nhiéu mét (m )?

A. 20 m. B.30m. C.10m. D. 40 m .

(THPT Quynh Luu 3 Nghé An 2019) Mot 6 t6 dang chay véi van toc 1 12 (m / s) thi nguoi lai
dap phanh; tir thoi diém d6 6 t6 chuyén dong chdm dan déu véi van tdc v(t) =—6r+12 (m/ s) ,
trong d6 ¢ 1a khoang thoi gian tinh bang gidy ké tir lic dap phanh. Hoi tir luc dap phanh dén lic 6
t6 dirng han, 6 to con di chuyén duoc bao nhiéu mét?

A. 8m. B. 12m. C. 15m. D. 10m.

(Chuyén Lé Hong Phong Nam Pinh 2019) Mot chiéc 6 t6 dang chay v6i van téc 15m/s thi
nguoi 1ai xe him phanh. Sau khi ham phanh, 6 t6 chuyén dong cham dan déu véi van toc
v(t) = —3t+15(m/s) , trong d6 ¢ (gidy). Hoi tir lic ham phanh dén khi dimg han, 6 t6 di chuyén
duoc bao nhiéu mét?

A. 38m. B. 37,2m. C.37,5m. D. 37m.

(Chuyén Bic Giang 2019) dong chm dan déu véi van tée v(¢)=-10z+20 (m/s), trong d6 t 1

khoang thoi gian tinh bang gidy, ké tir luc bat dau dap phanh. Hoi tir lac dap phanh dén khi dimg han,
6 t0 con di chuyén bao nhiéu mét?
A.5m B.20m C.40 m D.10m
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

) TAI LIEU ON THI THPTQG 2021
(THPT Lwong The Vinh Ha N¢i 2019) Mot 6 t6 dang chay véi van toc 10m /s thi nguoi 1ai xe

dap phanh. Tu thoi diém do, 6 6 chuyén dong cham dan déu véi van tdc v(t) = —2t+10(m/ s) ,
trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké tir liic bat dau dap phanh. Tinh quing dudng 6 to
di chuyén dugc trong 8 gidy cudi cung.

A. 55m. B. 25m. C. 50m. D. 16m.

(THPT Thuc Hanh - TPHCM - 2018) Mot chit diém bat ddu chuyén dong thang déu voi van
toc V> sau 6 gidy chuyén dong thi gap chudng ngai vat nén bat dau giam toc do véi van toc

chuyén dong v(¢) = —§t+a (m/s), (t>6) cho dén khi dimg han. Biét riang ké tir lic chuyén

dong dén lac dimng thi chat diém di dugc quang dudng 1a 80m. Tim v, .

A.v,=35m/s. B.v,=25m/s. C.v,=10m/s. D.v,=20m/s.

(THPT Lwong Thé Vinh - HN - 2018) Mot 6 t6 chuyén dong nhanh dan déu véi van tdc
v(¢)=7¢ (m/s). Piduge 5 (s) ngudi l4i xe phat hién chuéng ngai vét va phanh gp, 6 t0 tiép tuc
chuyén dong cham dan déu voi gia tc a =35 (m/s2 ) Tinh quang dudng cua 6 t6 di dugc tir luc
bat dau chuyén banh cho dén khi dimg han?

A. 87.5 mét. B. 96.5 mét. C. 102.5 mét. D. 105 mét.

(Chuyén Lé Hong Phong - NP - 2018) Mot chit diém dang chuyén dong véi van tdc
v, =15m/s thi ting toc véi gia toc a(r)=1"+4t (m/sz). Tinh quing dudng chét diém d6 di duoc
trong khoang thoi gian 3 gidy ké tir lic bat dau ting van tdc.

A. 70,25 m. B. 68,25 m. C. 67,25m. D. 69,75 m.

(THPT Hoang Hoa Tham - Hung Yén - 2018) Mot chat diém chuyén dong theo phwong trinh
s(1)=10+1+9¢* - trong d6 s tinh bang mét, ¢ tinh bang gidy. Thoi gian dé van téc cua chat
diém dat gia tri 16n nhat (tinh tir thoi diém ban dau) 1a

A. 1=6(s). B. 1=3(s). C.1=2(s). D. 1=5(s).

(Chuyén Vinh Phiic - 2018) Mot 6 t6 bit diu chuyén dong nhanh dan déu véi van toc
v,(¢t)=7t (m/s). Di dugc Ss, ngudi 14i xe phat hién chuéng ngai vat va phanh gép, 6 t6 tiép tuc
chuyén dong cham dan déu véi gia toc a =70 (m/ s2) . Tinh quang duong S di dugc cua 6 to tur
lac bat dau chuyén banh cho dén khi dimg han.
A. §=96,25 (m). B. §=87,5 (m). C. §=94 (m). D. §=95,7 (m).

(SGD Thanh Héa - 2018) Mot 6 to bat dau chuyén dong nhanh dan déu véi véan tdc
v, (¢)=2¢ (m/s). Bi duge 12 gidy, nguoi 1ai xe gap chuéng ngai vat va phanh gip, 0 6 tiép tuc
chuyén dong cham dan déu véi gia toc a = —12(m/sz) . Tinh quang duong s(m) di dugc cua 6t
tir lac bat dau chuyén dong dén khi dimng han?

A. s=168(m). B. s=166(m). C. s=144(m). D. s=152(m).

(Chuyén Thai Binh - 2018) Dé dam bao an toan khi lvu thong trén duong, cac xe 6 to khi dimg
den do phai cach nhau toi thiéu Im. Mgt 6 t6 A dang chay véi van toc 16 m/s bong gap 6 t6 B
dang dimg dén do nén 6 t6 4 ham phanh va chuyén dong cham dan déu véi van toc duoc biéu thi
boi cong thirc v, (#)=16—4¢ (don vi tinh bang m/s), thoi gian tinh bang gidy. Hoi rang dé c6 2
0t0 A va B dat khoang cach an toan khi dung lai thi 6 t6 4 phai ham phanh khi cach 6 t6 B
mot khodng it nhat 1a bao nhiéu?
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

A. 33. B. 12. C. 31. D. 32.

(THPT Phan Pinh Phung - Ha Tinh - 2018) Mot vat chuyén dong voi van toc 10m/s thi ting
toc véi gia toc duge tinh theo thoi gian 1a a(¢)=¢>+3¢. Tinh quing dudng vat di dugc trong
khodang thoi gian 6 gidy ké tir khi vat bat dau tang toc.

A. 136m. B. 126m. C. 276m. D. 216m.

(Chuyén Phan Bdi Chau - Nghé An - 2018) Mot chiéc may bay chuyén dong trén dudng bing
véi van toc v(t)=1>+10¢ (m/s) v6i ¢ 1a thoi gian duoc tinh theo don vi gidly ké tir khi may bay
bét ddu chuyén dong. Biét khi may bay dat véan toc 200(m / s) thi ro1 duong bang. Quang duong
may bay di di chuyén trén duong bang 1a

2500 4000

A. T(m). B. 2000(m). C. 500(m). D. — (m).

(Sé Lao Cai - 2018) Mot 6t6 dang dimg va bat dau chuyén dong theo mot duong thang véi gia
tdc a(t) =6-2t (m/sz), trong d6 ¢ 1a khoang thoi gian tinh bang gidy ké tir lac 6t0 bat dau
chuyén dong. Hoi quang dudng 6to di duge tir luc bat dau chuyén dong dén khi van tdc cia 6to
dat gia tri 16n nhat 1a bao nhi€u mét?

A. 18m. B. 36m. C. 22,5m. D. 6,75m.

(M3 123 2017) Mot vat chuyén dong trong 3 gid v6i van toc v(km /h) phu thude vao thoi gian
t(h) c¢6 dd thi van tdc nhu hinh bén. Trong thoi gian 1 gio ké tir khi bat dau chuyén dong, do thi
d6 1a mot phan ciia dudng parabol c6 dinh 1(2;9) va truc ddi xing song song Véi truc tung,
khoang thoi gian con lai d6 thi 1a mot doan thang song song véi truc hoanh. Tinh quing dudng S
ma vat chuyén dong duogc trong 3 gio d6 (két qua lam tron dén hang phan tram).

4
o 1 = = =
A. s =21,58(km) B. s=23,25(km)  C.s=13,83(km)  D.s=15,50(km)

(M 104 2017) Mot ngudi chay trong thoi gian 1 gio, van toc v (km/h) phu thudc vao thoi gian ¢
(h) c6 @6 thi 1a mot phan parabol véi dinh 7 [%, 8) va truc dbi ximg song song véi truc tung nhu

hinh bén. Tinh quang dudng s ngudi d6 chay duoc trong khoang thoi gian 45 phit, ké tir khi
chay?
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[OF D —

0 ‘

1¢

D)I

A. s=2,3 (km) B. s=4,5 (km) C. s=5,3 (km) D. s=4 (km)

Cau25. (Ma 110 2017) Mot vat chuyén dong trong 3 gid véi van toc v(km/h) phu thude thoi gian
t (h) c6 db thi 1a mot phan cua dudng parabol c¢6 dinh 1 (2;9) va truc ddi ximg song song vdi truc

tung nhu hinh bén. Tinh quing dudng s ma vat di chuyén dugc trong 3 gior do.
v

I

97\
6 s

Wlesesssssssessansaaew

t

L

o
A. 5=25,25(km) B. s=24,25(km)  C.s=24,75(km)  D.s=26,75(km)
Cau 26. (Mi 105 2017) Mot vat chuyén dong trong 4 gid voi van toc v (km/h) phu thude thoi gian ¢ (h)
¢6 d6 thi ciia van tbc nhu hinh bén. Trong khoang thoi gian 3 gio ké tir khi bat dau chuyén dong,
dd thi d6 1a mot phan cia dudng parabol co dinh I (2; 9) v6i truc ddi xtmg song song véi truc

tung, khoang thoi gian con lai d thi 1a mot doan thiang song song véi tryuc hoanh. Tinh quing
duong s ma vat di chuyén duoc trong 4 gio do.

17 &

g [

I

¢ 937
A. s=24 (km) B.s=28,5 (km)  C.s=27 (km) D. s=26,5 (km)
Ciau27. (KTNL GV THPT Ly Thai Té 2019) Mot vat chuyén dong trong 6 gid v6i véan tdc
v(km / h) phy thudc vao thoi gian #(/)cé d6 thi nhu hinh bén duéi. Trong khoang thoi gian 2 gio
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tir khi bét diu chuyén dong, dd thi 1 mot phan duong Parabol cé dinh 7(3;9)va ¢6 truc déi ximg

song song voi truc tung. Khoang thoi gian con lai, dd thi van tdc 1a mot duong théng ¢ hé s gbc
1 A g 2 .
bang rE Tinh quang dudong s ma vat di chuyén dugc trong 6 gio?

o . ol
v

5 \

LS
w0
-~

o

Al %(km). B. 9(km). C. 40(km). D. %(km).
Ciu 28. (THPT Thuc Hanh - TPHCM - 2018) Mot nguoi chay trong 2 gio, van toc v (km/h) phu thude
vao thoi gian ¢ () c6 d0 thi 1a 1 phan ciia duong Parabol voi dinh 7 (1;5) va truc ddi xtng song

song voi truc tung Ov nhu hinh v&. Tinh quang dudng S nguoi d6 chay dugc trong 1 gid 30 phut
ké tir luc bat dau chay (két qua 1am tron dén 2 chir s6 thap phan).

[
at

A. 2,11km. B. 6,67km. C. 5,63 km. D. 5,63km.

bl = == ————
—
f
Y

Ciu29. (SGD DPong Thap - 2018) Mot nguoi chay trong thoi gian 1 gio, véi van toc v (km/h) phy
thudc vao thoi gian t(h) ¢6 d6 thi 12 mot phan cia parabol ¢é dinh 7 (%;8) va truc ddi ximg

song song vdi truc tung nhu hinh v€. Tinh quang duong S nguoi d6 chay dugc trong thoi gian 45
phut, ké tir khi bat dau chay.
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1 : I
1 T
-1 1 2

1

A. 5,3 (km). B. 4,5 (km). C. 4 (km). D. 2,3 (km).
(Chuyén Ha Long 2018) Mot vat chuyén dong trong 4 gio véi van téc v (km/h) phu thudc thoi

gian ¢ (h) c6 do thi 1a mot phan ctua duong parabol ¢ dinh 7(1;1) va truc dbi ximg song song véi
tryc tung nhu hinh bén. Tinh quing duong s ma vat di chuyén dugc trong 4 gio ké tir liic xuat
phat.

D. s= ? (km).

(P& Tham Khio 2019) Mot bién quang céo c6 dang hinh elip v6i bon dinh A4, 4,,B,, B, nhu
hinh v& bén. Biét chi phi dé son phan t6 dam l1a 200.000 vnd/m’ va phan con lai
100.000 vnd/m?”. Hoi sb tién dé son theo cach trén gan nhat voi sb tién nao dudi day, biét
A A, =8m, BB, =6m vatir gidc MNPQ la hinh chit nhat c6 MQ =3m?
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Cau 2.

Cau 4.

B>

Ay Az

By

A. 5.526.000 dong.  B. 5.782.000 dong  C. 7.322.000 dong. D. 7.213.000 dong.
(Tran Phi - Quing Ninh - 2020) Mot cai cong hinh Parabol nhu hinh Ve sau. Chiéu cao
GH =4m, chiéu rong AB=4m, AC = BD =0,9m. Chu nha lam hai canh cong khi dong lai 1a
hinh chir nhat CDEF t6 dam c6 gia 1a 1200000 dong/m’, con cac phan dé trang lam xién hoa c6
gia 1a 900000 dong/m” . Hoi tong sb tién dé 1am hai phan néi trén gan nhit v6i sb tién nao dudi
day?

c H! D

A B
A. 11445000 dong. B. 4077000 dong.  C. 7368000 dong.  D. 11370000 dong.

Mot bién quang céo v6i 4 dinh 4, B,C, D nhu hinh v&. Biét chi phi dé son phan t6 dam la

200.000(d/m?) son phan con lai 1a 100.000d/m>. Cho AC =8m; BD =10m; MN = 4m Hoi s6 tién

son gan vai so tién nao sau day:

[ ¥
B
M N
Q P
D
A. 122040004. . B. 142070004.. C. 115030004.. D. 108940004

M&t hoa tiét hinh canh buém nhu hinh vé bén.
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X

[ ] L -

Phan t6 ¢am duoc dinh d4 véi gia thanh
500.000d/m? . Phan con lai dugc t6 mau véi gia thanh 250.0004 / m> .

Cho AB = 4dm; BC = 8dm.Hoi dé trang tri 1000 hoa tiét nhu vay can s tién gan nhat voi sb nao

sau day.

A. 1056606674 . B. 1066666674 . C. 1076656674 . D. 1086656674 .

(Thanh Hoéa 2019) M6t khuon vién dang nira hinh tron, trén d6 ngudi thiét ké phan dé trong hoa
c¢6 dang ctia mot canh hoa hinh parabol c6 dinh trung véi tim va c6 truc ddi xting vudng goc voi
duong kinh cta nira hinh tron, hai ddu mut ciia canh hoa nam trén nira dudng tron (phan t6 mau)
va cach nhau mot khoang bang 4(m) Phan con lai ctia khudn vién (phan khong t6 mau) danh dé
trong co6 Nhat Ban. Biét cac kich thuéc cho nhu hinh v&, chi phi dé trong hoa va cé Nhat Ban
tuong tng 1a 150.000 dong/m? va 100.000 ddng/m?. Hoi can bao nhiéu tién dé trong hoa va trong
co Nhat Ban trong khudn vién d6? (Sé tién duoc 1am tron dén hang don vi)

' '
Y 2

A. 3.738.574 (ddng). B. 1.948.000 (dong). C. 3.926.990 (dong). D. 4.115.408 (dong).

(THPT Ngb Si Lién Bic Giang 2019) Nguoi ta cn trong mot vuon hoa Cam T Cau ( phan
dugc gach chéo trén hinh v&). Biét rang phan gach chéo 1a hinh phang gidi han boi parabol
y =2x*—1 va nira trén ciia duong tron c6 tim 1a gbc toa dd va ban kinh bang V2 (m) Tinh s6 tién

ti thiéu dé trong xong vuon hoa Cam Ta Cau biét rang dé trong mdi m* hoa can it nhat 1a
250000 dong.

b 4
V2
A 7720250000, B. 27 1%050000. ¢ 27105050000, D. 272 %250000
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Cau 7.

Cau 10.

Cau 11.

Cau 12.

(Chuyén Lé Hf‘)ng Phong Nam Pinh -2019) Nha truong dy dinh lam mét vuon hoa dang elip
dugc chia ra 1am bdn phan boi hai duong parabol ¢é chung dinh, dbi ximg véi nhau qua truc cia
elip nhu hinh v& bén. Biét d dai truc 16n, truc nho cua elip lan luot 14 8 m va 4 m, F, F, 1a hai
tiéu diém cua elip. Phan A4, B diung dé trong hoa, phan C, D ding dé trong co. Kinh phi dé
trong mdi mét vudng hoa va cé lan lugt 1a 250.000 d va 150.000 d. Tinh tong tién dé hoan thanh
vuon hoa trén (lam tron dén hang nghin).

A. 5.676.000 d. B. 4.766.000 d. C. 4.656.000 4. D. 5.455.000 d.

(Chuyén Phan Bdi Chau Nghé An -2019) Ngudi ta xdy mot san khau voi mat san c6 dang hop
cua hai hinh tron giao nhau. Ban kinh cua hai cia hai hinh tron 1a 20 mét va 15 mét. Khoang cach
giita hai tAm ctia hai hinh tron 1a 30 mét. Chi phi 1am mdi mét vuong phan giao nhau ctia hai hinh
tron 1a 300 ngan dong va chi phi lam mdi mét vudéng phan con lai 1a 100 ngan dong. Hoi s6 tién
]am mit san cua san khu gan voi sb nao trong cac s6 dudi day?

A. 202 triéu dong. B. 208 triéu dong.  C. 218 triéuddng.  D. 200 triéu dong.

(Chuyen Phan Bdi Chau Nghé An 2019) Nguoi ta xdy mot san khau véi san c6 dang cia hai
hinh tron giao nhau. Ban kinh cua hai hinh tron 1a 20 m va 15 m. Khodng céach giira hai tdm cua
hai hinh tron 1a 30 m. Chi phi 1am mdi mét vuéng phan giao nhau ctia hai hinh tron 1a 300 nghin
ddng va chi phi 1am mdi mét vudng phan con lai 1a 100 nghin ddng. Hoi s tién lam mat san khiu
gan voi s6 nao nhit trong cac sd dudi day?

A. 218 triéu dong. B. 202 tri¢u dong.

C. 200 triéu dong. D. 218 tri¢u dong.

Bac Nam lam mdt cai cura nha hinh parabol c6 chiéu cao tir mit dat dén dinh la 2,25 mét, chiéu
rong tiép giap voi mat dat 14 3 mét. Gia thué mdi mét vudng 1a 1500000 dong. Vay so tién bac
Nam phai tra la:

A. 33750000 déng.  B. 3750000 ddng.  C. 12750000 déng.  D. 6750000 ddng.
(THPT Ngb Quyén - Quang Ninh - 2018) Mot ngudi ¢6 miéng dat hinh tron c6 ban kinh bang
5 m. Nguoi nay tinh trong cdy trén manh dat do, biét mdi mét vudng trong cdy thu hoach dugc
100 nghin. Tuy nhién can c6 1 khoang trong dé dung 1 céi choi va dé do ding nén ngudi nay bt
lai 1 phan dat nho khong trong ciy (phan mau tring nhu hinh v&), trong 46 AB = 6m . Hoi khi thu
hoach céy thi nguoi nay thu duoc bao nhiéu tién ?

A.3722 nghin dong.  D. 7445 nghin dong. C. 7446 nghin dong.  B. 3723 nghin dong.

(THPT Yén Lac - 2018) M6t manh vudn hinh elip ¢6 truc 16n bang 100(m) va truc nhé bang

80(m) dugc chia 1am hai phan boi mot doan thang ndi hai dinh lién tiép cta elip. Phan nho hon trong ciy
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con va phan 16n hon trong rau. Biét lgi nhuén thu duoc 14 2000 mdi m? trong cdy con va 4000 mdi m’
trong rau. Hoi thu nhap ctia ca manh vuon 1a bao nhiéu? (Két qua 1am tron dén phan nghin).
A. 31904000. B. 23991000 . C. 10566000. D. 17635000.

Ciu 13. (Chuyén Vinh - 2018) Mot cong chao c6 dang hinh Parabol chiéu cao 18 m, chiéu rong chan dé
12 m. Nguoi ta cing hai soi ddy trang tri 4B, CD nam ngang dong thoi chia hinh giéi han boi

. . . . AB .
Parabol va mat dat thanh ba phéan c6 dién tich bang nhau (xem hinh v€ bén). Ti s D bang

f B 18m

— —_—
T 12m
1 4 1 3
A, —. B. —. C. —. D. .
\/5 5 3/5 1+2\/§

Ciu 14. (THPT Kinh Mén - 2018) M6t hoa vin trang tri dugc tao ra tir mot miéng bia mong hinh vudng
canh bang 10 cm bang cach khoét di bon phan bang nhau c¢6 hinh dang parabol nhu hinh bén. Biét
AB =5cm, OH =4 cm. Tinh dién tich bé mit hoa van do.

160 140 , 14,

A, —cm”. B. —cm". C. —cm”. D. 50 cm”.
3 3 3

Cau 15. (Chuyén Vinh - 2018) Mot vién gach hoa hinh vuéng canh 40cm . Nguoi thiét ké da su dung
bbn dudng parabol c6 chung dinh tai tim vién gach dé tao ra bn canh hoa (dugc t6 mau sam nhu
hinh v€ bén).

Dién tich moi canh hoa cua vién gach bang
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A. 800cm?. B. iﬂcmz. C. %cmz.

D. 250cm’.

Cau 16. (THPT Cam Giang 2 -2019) Trong chuong trinh nong thon méi, tai mot xa Y c6 xy mot ciy
cau bang bé tong nhu hinh v&. Tinh thé tich khdi bé tong dé do du ciy cau. (Puong cong trong
hinh vé& 1a cac duong Parabol).

A.19m’. B. 21m’. D. 40m’.

Cau17. bé ky niém ngay 26-3. Chi doan 12A dy dinh dung mét 1éu trai co dang parabol, véi kich thudec:
nén trai 12 mot hinh chit nhat c6 chiéu rong la 3 mét, chiéu sau 13 6 mét, dinh cua parabol cach
mat dat 14 3 mét. Hay tinh thé tich phan khong gian phia bén trong trai dé 16p 12A cir s6 lugng
ngudi tham dy trai cho phu hop.

A. 30m’ B. 36 m’ C.40m’ D. 41m’

Ciu 18. (Chuyén Lé Quy Pén Quéng Tri 2019) Sim 16p xe 6 t6 khi bom cing dit nim trén mit phiang
nam ngang c¢6 hinh chiéu bang nhu hinh v& véi ban kinh duong tron nhé R, =20cm , ban kinh
duong tron 16n R, =30cm va mit cat khi cat boi mat phang di qua truc, vuéng goc mit phang

nam ngang 1a hai duong tron. Bo qua do day vo sam. Tinh thé tich khong khi duoc chira bén trong
sam.

A. 12507%cm’ . B. 14007°cm’. C. 25007%cm’. D. 6007°cm’.

Cau 19. (Chuyén Pai Hoc Vinh 2019) Chuén bj cho dém hoi dién van nghé chao d6n nam moi, ban An
da lam mot chiéc mil “cach diéu” cho ong gia Noel co dang mot khoi tron xoay. Mit cat qua truc
ctia chiéc mii nhu hinh v& bén dudi. Biét ring 00" =5 cm, 04=10 cm, OB=20 cm, duong

cong AB 1a mot phan cua parabol c6 dinh 1a diém A4 . Thé tich cta chiéc mii bing
B
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2750z (cm3) B 2500z (cm3) 2050z (cmS) 2250z (cm3)

A. C. D.

Cho chiéc tréng nhu hinh v€, c6 duong sinh la ntra elip duoc cit boi truc 16m véi d6 dai truc 1én
bang 80 cm, d6 dai truc bé bang 60 cm va day trong 13 hinh tron c6 ban kinh bang 60 cm. Tinh thé
tich ¥ ctia chiéc tréng (két qua lam tron dén hang don vi).

— dudng sinh

-
- -

A. V =344963cm’ B. V' =344964cm’  C.V =208347cm’  D. V =208346cm’

Cho mot vat thé bang gd c6 dang hinh try vé6i chiéu cao va ban kinh day cung bang R . Cit khbi gb
d6 boi mot mit phang di qua dudng kinh ciia mot mit day cua khéi gb va tao v6i mat phang day
ctia khéi gd mot goc 30° ta thu duge hai khéi gd co thé tich 1a ¥, va V,, véi ¥, <V,. Thé tich ¥,

bang?
3 3 3 3
A.Vlzz‘gR. B.Vlz‘B”R. c.Vlz‘B”R. D.Vlz\ER.
9 27 18 27

(THPT Lé Quy Pon Pa Ning 2019) Cho mot mé hinh 3—D mo phong mot dudng ham nhu
hinh v& bén. Biét rang duong him mo hinh ¢é chiéu dai 5(cm); khi cét hinh nay boi mit phang
vudng goc voi ddy cua nd, ta duoc thiét dién 1a mot hinh parabol c6 d6 dai day gap doi chiéu cao
parabol. Chiéu cao ctia mdi thiét dién parobol cho béi cong thirc y =3 —%x (cm) , VOl X (cm) la

khoang céch tinh tir 16i vao 16n hon cua dudng ham mé hinh. Tinh thé tich (theo don vicm® )
khong gian bén trong duong ham mé hinh ( 1am tron két qua dén hang don vi )

A. 29. B. 27. C. 31. D. 33.

Mot chi tiét may duoc thiét ké nhu hinh v& bén.
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Cau 24.

Cau 25.

Ciu 26.

Cac tlr giac ABCD,CDPQ 1a céac hinh vuéng canh 2,5c¢m . T giac ABEF 1a hinh chir nhat c6
BE =3,5¢m . Mit bén POEF duge mai nhén theo dudng parabol (P) c6 dinh parabol nim trén
canh EF . Thé tich cta chi tiét may bang
A. ﬁcm3. B. >0 cm’. C. 12—50m3. D. ﬁcmS.

3 8 24
(THPT Luc Ngan 2018) B6 doc mdt qua dua hau ta duoc thiét dién 1a hinh elip c6 truc 16n
28cm, truc nhod 25¢m . Biét ctr 1000cm’® dua héu s& lam dugc coe sinh td gia 20000 déng. Hoi
tir qua dwa hau trén c6 thé thu dugc bao nhiéu tién tir viéc ban nudc sinh t6? Biét rang bé day vo
dwa khong dang ké.
A. 183000 dong. B. 180000 dong. C. 185000 dong. D. 190000 dong.
(THPT Thwe Hanh - TPHCM - 2018) M6t cic ruou ¢ hinh dang tron xoay va kich thudc nhu
hinh v&, thiét dién doc cua cdc (bé doc cbc thanh 2 phﬁn béng nhau) 1a mét duong Parabol. Tinh
thé tich t6i da ma cdc c6 thé chia duoc (1am tron 2 chir s6 thap phan)

8cm
o—0
P . Parabol
10cm
=
A. V ~320cm’. B. 7V ~1005,31cm®. C. V ~251,33cm’. D. V = 502,65cm’.

(Chuyén Thoai Ngoc Héu - 2018) C6 mot cde nude thiy tinh hinh try, ban kinh trong long day
cbc 1a 6cm, chiéu cao long cbe 1a 10em dang dung mot lwong nude. Tinh thé tich lwong nudce
trong coc, biét khi nghiéng cdc nudc vira luc khi nudc cham miéng coc thi day muyc nudc tring
v6i dudng kinh day.

Trang 14 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/
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Cau 28.

TAI LIEU ON THI THPTQG 2021

A. 240cm’. B. 240z cm’. C. 120cm’. D. 1207 cm’.

(Chuyén Thoai Ngoc Hau -- 2018) Cho vit thé day 1a hinh tron c6 ban kinh bang 1 (tham khao
hinh v&). Khi cat vat thé bang mat phiang vudng gbc véi truc Ox tai diém cé hoanh do
x (~1<x <1) thi dugc thiét dién 1a mot tam giac déu. Thé tich ¥ cua vat thé d6 1a

AV =43. B.V =3/3. c.v=222, D.V-=r.

(THPT Binh Giang - Hai Dwong - 2018) San van dong Sport Hub (Singapore) 1a san c6 mai
vom ky vi nhét thé giéi. Pay 14 noi dién ra 18 khai mac Pai hoi thé thao Pong Nam A dugc t6
chire tai Singapore nam 2015 . Nén san 1a mét elip (E) c6 tryc 16n dai 150m, truc bé dai 90m
(hinh 3). Néu cét sn van dong theo mot mat phing vudng gbe véi truc 16n cla (E)va cit elip &
M,N (hinh 3) thi ta dugc thiét dién ludn 13 mot phan cta hinh tron ¢6 tim / (phan t6 dam trong
hinh 4) véi MN 1a mét day cung va goc MIN =90°. Dé lip may diéu hoa khong khi thi céc ki su
can tinh thé tich phan khong gian bén dudi méi che va bén trén mit san, coi nhu mit san 1a mot
mat phing va thé tich vat liéu 1a mai khong dang ké. Hoi thé tich xAp xi bao nhiéu?
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Cau 29.

Cau 30.

Cau 31.

Cau 32.

M
N
A. 57793m’ . B. 115586m”°. C. 32162m’. D. 101793m° .

(Tran Phii - Ha Tinh - 2018) Mot cai thung dung dau c6 thiét dién ngang (mit trong cua thing)
1a mot dudng elip ¢6 truc 10n bang 1m, truc bé bang 0,8m, chiéu dai (mit trong cta thung) bang

Hinh 3

3m. Puoc dit sao cho truc bé nam theo phwong thing dung (nhu hinh bén). Biét chiéu cao cua
dau hién c6 trong thung (tinh tir day thung dén mat dau) 13 0,6m. Tinh thé tich ¥ cta dau c6 trong
thung (Két qua lam tron dén phan tram).

ol
N

' cAM Lia

AV =1,52m’. B.V=131m’. C.V=127m’. D. V=119m".
(Sé Yén Bai - 2018) Nguoi ta thay nudc moi cho mét bé boi cd dang hinh hop chir nhat c6 d6

sau la 280 cm. Gia su h(t)lz‘l chiéu cao (tinh bang cm) cia muc nudc bom duogce tai thoi diém ¢

A <A M A A 4w 5 A r s A ’ \ ' 1 N1 A
gidy, bict rang toc do tang cua chiéu cao myc nudc tai gidy tha ¢ 1a A'(¢) = %\3/ t+3 valuc dau

ho boi khong c¢6 nude. Hoi sau bao 1au thi bom duoc sd nudc bang %d@ sau ctia ho boi (Iam tron
dén giay)?
A. 2 gio 36 gidy. B. 2 gio 34 giay. C. 2 gio 35 gidy. D. 2 gio 36 giay.

(THPT Ngd Quyén - Quang Ninh 2018) Mot bac thg xady bom nudc vao bé chira nude. Goi
h(t) 1a thé tich nuée bom dugc sau ¢ gidy. Cho 4'(t)=6at’ +2bt va ban dau bé khong c6 nudc.

Sau 3 gidy thi thé tich nudc trong bé 1a 90m>, sau 6 gidy thi thé tich nudc trong bé 1a 504m’ .
Tinh thé tich nudc trong bé sau khi bom duoc 9 giay.

A. 1458m’ . B. 600m’ . C. 2200m’. D. 4200m’.

(Chuyén Nguyén Trii - Hai Duong - Lan 2 - 2020) Goi (H) 1a phan giao cua hai khéi % hinh

tru c6 ban kinh a, hai tryc hinh try vuéng goc véi nhau nhu hinh vé sau. Tinh thé tich cua khdi

().
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Caul. Chohamsd y=f(x) c6 dao ham f’(x) lién tuc trén doan [0;5] va do thi ham sb y = f”(x)

trén doan [0; 5] duoc cho nhu hinh bén.

.-I'I“

HIVAAN

0 3 3 %
-4

Tim ménh d& ding
A. f(0)=1(5)<f(3).B. £(3)<f(0)=1(5).
C. £(3)<f(0)<f(5).D. £(3)<f(5)<£(0).
Cau2. (Ma 110 B 2017) Cho ham s6 y=/(x). D thi cia ham sé y=/f’'(x) nhu hinh bén. Djt
g(x)=2/(x)—(x+1)". Ménh d& nao duéi day dung?
Y

=

A. g(l) >g(—3) > g(3) B. g(l) >g(3) > g(—3)
C. g(3) > g(—3) > g(l) D. g(—3) > g(3) > g(l)
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Cau3. (Ma 105 2017) Cho ham soy = f(x). Do thi y=f'(x) cia ham s6 nhu hinh bén. Dat

g(x)=2f(x)+x*. Ménh dé nao dudi day diing?
Av

_____ 9|

| &

A. g(3)<g(-3)<g(1) B. g(1)<g(-3)<g(3)
C. g(-3)<g(3)<g(-1) D. g(1)<g(3)<g(-3)

Caud4. (Mal123 2017) Cho ham s6 y=f(x). D6 thi ham s6 y=f'(x) nhu hinh v& Dit
h(x)=2f(x)-x*. Ménh d& nao dudi day ding?

A. h(4)=h(-2)<h(2) B. h(2)>h(-2)>h(4)
C. h(4)=h(-2)>h(2) D. h(2)>h(4)>h(-2)
Cau5.  (S& Bic Ninh - 2020) Cho ham s6 y = f(x) c6 do thi y=f’(x) cét truc Ox tai ba diém c6

hoanh d6 a < b < ¢ nhu hinh v&. Ménh dé nao dudi day 1a ding?
AY

O

A. f(b)> f(a)>f(c). B. (6)> f(c).
C. f(c)> f(a)> £ (b). D. f(c)>f(b)> f(a).

Cau6. (Chuyén Thai Binh - Lan 3 - 2020) Cho ham s6 y = f(x) 1a ham da thirc bdc bdn, c6 do thi
y = f"(x) nhu hinh v&.

f
f

Trang 18 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021

\ T
m () -n‘

Phuong trinh f (x) =0 c6 4 nghiém thuc phan biét khi va chi khi
A. f(0)<0< f(m). B. f(0)>0.
C. f(m)<0< f(n). D.f(0)<0< f(n).

Cau7. Chohamsd y=f (x) lién tuc trén R va c6 d6 thi cia ham sé f '(x) nhu hinh bén dudi. Ménh

dé nao sau day dung?

y = f(x)

A f(0)>£(2)>f(-1). B. /(0)> f(-1)> f(2).
C. f(2)>f£(0)> f(-1). D. f(-1)>f(0)> f(2).

Cau8.  (Phi Thg -2019) Cho ham s6 f(x). D4 thi ciia ham sé y = f’(x) trén [-3;2] nhu hinh v&
(phan cong cua do thi 1a mot phan cuia parabol y = ax® +bx +c.)

YA

Biét f(-3)=0, gid tri cia f(~1)+ /(1) bing

A2 B. 2! c.2 D.2
6 6 3 2

Ciu9. (THPT Lwong Vin Can - 2018) Cho ham s6 y = f(x). Do thj ciia ham sé y = f'(x) nhu hinh

vE. it g(x)=2f(x)—(x—1)2.
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Cau 10.

Cau 11.

Cau 12.

Ménh dé nao dudi day diung?

A g(-1)<g(3)<g(5). B. g(-1)<g(5)<g(3).

C. g(5)<g(—1)<g(3). D. g(3)<g(5)<g(—1).

(THPT Hau Ljc 2 - 2018) Cho ham s6 y = f(x) =ax’ +bx’ +cx+d (a,b,c,d e R,a#0) c6 do
thi 1a (C). Biét rdng do thi (C) di qua goc toa do va do thi ham s6 y = f'(x) cho béi hinh v&
bén. Tinh gid tri H = f(4)— f(2)?

A. H=45. B. H=64. C. H=5I. D. H=58.

(Thanh Héa - 2018) Cho ham s6 y = (). Do thi cia ham s6 y = f”(x) nhu hinh v& bén. Dt
M = magif(x) , m =Elzi;af(x), T =M +m . Ménh dé nao duéi diy dang?

[-2
-1 g

32 1o\ 1 /2 3 is\/c?' b

A T=f(0)+f(-2). B.T=f(5)+f(-2).
C.T=f(5)+7(6). D.T=1(0)+r(2).

(THPT Thing Long 2019) Cho ham s6 f(x) =ax* +bx’ +cx* +dx+e. Him s6 y= f’(x) ¢6
d6 thi nhu hinh v&. Trong
cac khang dinh sau, khang dinh nao ding?

T y=S®

A.a+c>0. B.a+b+c+d<0.
C.at+c<b+d. D.b+d—c>0.
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Ciu 13. Cho hamsé y=f (x) c6 do thi gdm mot phan dudong thang va mot phan parabol co dinh 1a gbc

toa d® O nhu hinh v&. Gi4 tri cua J.i f(x)dx bang

Iy

A —. B. —. C. D. —.
3 3 3

Cau 14. Cho ham sb y:f(x) c6 dao ham dén cép 2 trén R. Biét ham s y:f(x) dat cuc tiéu tai

26 38 4 28
3

x=—1, c6 d6 thi nhu hinh v& va dudng thang A 1a tiép tuyén cua d6 thi ham sé tai diém x=2.

Tinh [ f"(x—2)dx

=2 |

A. 1. B. 4. C.3. D. 2.

Cau15. (SGD Hung Yén 2019) Cho ham sé y = f(x) c6 dao ham lién tuc trén R va c6 dd thi nhu hinh

vE.

v

4 2
Gi4 tri cua biéu thuc 1 =J.f'(x—2)dx+J-f'(x+2)dx bang

0 0
A. -2. B. 2. C. 6. D. 10.

Cau 16. Cho hamsb f(x) lién tuc c6 do thi nhu hinh bén dudi.
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S

5]

-1
Biét F'(x)=f(x),Vxe[-52] va .[f(x)dxz%.Tinh F(2)-F(-5)
-3
AT B. 2. c. 12 p. 2
6 6 6 6
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Chuyén dé 27 (NG DUNG TICH PHAN

(C):iy=f(x p

® Hinh phang (H) gidi han béi §(C,):y = g(x) thi dién tich la |S = j | /(%) — g(x)|dx].
x=a, x=b (a<b) ?

(C):y=71(x) p

Hinh phang (H) giéi han boi {(C,):Ox:y=0  thidién tichla |S = j | /()| dx|
x=a, x=b (a<b) z

b ¢ S

V W _
i”\*‘ elip — ﬂ-ab‘
g 2z 2

-q ol a  x X y
E):—+==1
(E) o)

y b
@ Hinh thirc dé thuwong hay cho
Hinh thiec 1: Khong cho hinh ve, cho dang (H):{y = f(x), y=g(x), x=a, x=b (a <b)}

&)fﬂ f(x)— g(x)| dx = két qud, so sanh véi bon dap an.

Hinh thLi"Z: 2: Khong cho hinh vé, cho dang (H):{y = f(x), y = g(x)}

Giai f(x)=g(x) tim nghiém x,,...,x,, voi x, nho nhdt, x, lon nhdt LSiO>)jl|f(x)—g(x)|dx.

Hinh thire 3: Cho hinh vé, sé gidi phicong trinh tim toa d¢ giao diém (néu Zhu’a cho trén hinh), chia ting

dién tich nhé, xé hinh tir trén xuong, ghi céng thire va bam may tinh.
Hinh thirc 4: Cho ba ham tro lén, chang han y = f(x), y = g(x), y = h(x) ta nén vé hinh.

Caul. (THPT Lé Xoay Vinh Phuc 2019) Cho ham sb y=f (x) xac dinh va lién tuc trén doan [a;b] .
Dién tich hinh phang gidi han boi do thi ham s6 y= f (x), truc hoanh va hai duong thang

x =a, x =b duogc tinh theo cong thiric

A. S=j|f(x)|dx. B. S=]7-f(x)dx. C. S=—jf(x)dx. D. S=j|f(x)|dx.

Loi giai
Dién tich hinh phang gii han boi do thi ham s6 y = f (x) , truc hoanh va hai dudng thang

b
x=a, x =>b dugc tinh boi cong thic: S = I|f(x)|dx

Ciau2. (P& Minh Hoa 2020 Lan 1) Dién tich hinh phang duoc gach chéo trong hinh bén bang
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A [ (227 + 20+ 4)dr. B. [ (20° -2x-4)dx.

CJ. x—2x+4dej (207 +2x—4)dx.
Loi giai
Chon A

Dua va hinh v& ta ¢6 dién tich hinh phing duoc gach chéo trong hinh bén la:
[[[(=2* +2)~(x* —2x-2) Jdw = [ (20> + 2x+4) dx.
Cau3. (P& Tham Khao 2020 Lin 2) Dién tich S cua hinh phang giéi han boi cac duong y = 2x?,
y=-1, x=0 va x=1 dugc tinh bdi cong thirc nao sau day?
1 1
A. S=7zj(2x2 +1)dx. B. S =j(2x2 ~1)dx.

1

C.S= j(2x+1)dx D. S= j2x+1)dx

0
Loi giai
Chon D

1 1
Dién tich hinh phang cin tim 1a S = ”2x2 +l‘dx = I(sz +l)dx do 2x* +1>0 Vxe [0;1] .
0 0

Cau4. (Mi 101 - 2020 Lan 1) Dién tich hinh phing gi6i han boi hai duong y=x>—4 va y=2x—4

bang
4 4
A. 36. B. —. c. 2, D. 367
3 3
Loi giai
Chon B
Phuong trinh hoanh d6 giao diém cua hai d6 thi da cho 1a:
5 5 x=0
X —4=2x-4x-2x=0& .
x=2
Dién tich hinh phéng gi6i han boi hai do thi da cho la:
|2
S= ” X —4)—(2x—4) ‘dx ﬂx ~2a]dr = j 2x-x)dx=| x? - _4
g 30 3

Cau 5.  (Mi 102 - 2020 Lan 1) Dién tich hinh phang gi6i han boi hai duong y=x" -1 va y=x-1
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Az B3 c. b7 . L.
6 6 6 )
Loi giai
Chon D

Phuong trinh hoanh d¢ giao diém hai dudng la: x> ~l=x-1ox’ -x=0< {
, h 1
Dién tich hinh phing gi6i han béi hai duomg Ia [|x* - x| dx = o
0

(Mai 104 - 2020 Lan 1) Dién tich hinh phing gi6i han boi hai duong y=x>-3 va y=x-3

bang
A IB7 B L c. 1z p. Z.
6 6 6 6
Loi giai
Chon B
, X \ A .2 2 2 x=0
Ta c6 Phuong trinh hoanh d¢ giao diém: x" -3=x-3 < x" —x=0&
X =
1 1 1
Dién tich hinh phang: S = ”(x2 —3) —(x—3)}dx = ”xz —x‘dx i
0 0

(M4 103 - 2020 Lan 1) Dién tich hinh phing gi6i han béi hai duong y=x*—2 va y=3x-2

bang
A2 B2~ c. 2, p. 27,
2 2 6 6
Loi giai
Chon A

Xét phuong trinh hoanh d6 giao diém, ta co:

—0.
o2=3x—2=|"
x=3.

3
, . 9
Nhu vay, dién tich hinh phang dugc gdi han bang f‘(xz — 2) —(3x— 2)‘dx =7
0
(M3 102 2018) Goi S 1a dién tich cua hinh phang gi6i han boi cac duong y =2, y=0, x=0,
x=2.Ménh dé nao duéi day dung?
2 2 2 2
A. S=r[2'dx B. 5=[2"dx C. S=r[2"dx D. S =[2"dx
0 0 0 0

Loi gii
Chon B

2
:

(M3 101 2018) Goi S 1a dién tich hinh phang gi6i han boi cac duong y=e*, y=0, x=0,
x=2.Ménh dé nao dudi day dung?

2x

2
dr = [2"dx (do 2" >0,Vxe[0;2]).
0
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2

2 2 2
A.S:je*dx B.Szﬁ_[exdx C.S:zje-*dx D.S:n[e“dx
0 0 0 0
Loi gidi
Chon A

2
Dién tich hinh phang gi¢i han boi cac duong y=e*, y=0, x=0, x=2 la: S = J.e"dx .
0

Cau10. (Mai 102 - 2019) Cho ham s6 y = f(x) lién tuc trén R. Goi S 1a dién tich hinh phing gi6i han
boi cac duong y = f(x),y=0,x=—1 va x=>5 (nhu hinh v& bén).

Y

y=flz)
-1
@] 1 / 5
//

@

Ménh dé nao sau ddy dung?

A. Sz—jf(x)dx—jf(x)dx. B. S=jf(x)dx+jf(x)dx.

C.Szj.f(x)dx—j.f(x)dx. D.S=—jf(x)dx+jf(x)dx.
Loi giai

Chen C

1 5 1 5
Taco: S = [[f(o]dx+ | (x)|dr= [ £ (x)dx—[ £ (x)dx.
-1 1 -1 1
Caul1l. (Ma 103 - 2019) Cho ham sb f (x) lién tuc trén R . Goi S 1a dién tich hinh phfmg gidi han boi
cac duong y=f (x) ,¥=0,x=—1,x =2 (nhu hinh v& bén). Ménh d& nao dudi day dung?
Yy

y = fi(x)

A.S:j.f(x)dx +j.f(x)dx. B.S:—j.f(x)dx—jf(x)dx.

C.S:—_l[f(x)der_z[f(x)dx. D.S:jf(x)dx—_z[f(x)dx.
_ Loigisi

Chon D

SZi' f(x)|dx=_jl| f(x)|dx+j| £ (x)ix
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Nhin hinh ta thdy ham s6 f (x) lién tuc va nhan gia tri khong am trén doan [—l; l] nén
1 1
I|f(x)|dx = If(x)dx ;ham s& £ (x) lién tuc va nhén gia tri am trén doan [1;2] nén
-1 -1
2

j|f(x)|dx =—[ 1 (x)dx

1

Vay Szjf(x) dx —j.f(x) dx

(P& Minh Hoa 2017) Tinh dién tich hinh phang giéi han boi dd thi ham sé y = x* —x va d0 thi

hamso y=x—x’.

37 B.2 L D. 13
12 4 12
Loi giai
Chon A
x=0
Phuong trinh hoanh d6 giao diém x’ —x=x-x’ @ x’ +x" -2x=0|x=1
x=-2

Dién tich hinh phang gi¢i han boi @6 thi ham s6 y = x* —x va d6 thi ham s6 y = x—x* la:

S = j;|x3—x (x x)|d =

)C4 )C3 ’
—+——x
4 3

(P& Tham Khio 2017) Goi S 1 dién tich hinh phang ( H ) gi6i han béi cac duong y = f'(x), truc

j).(x +x —2x)dx+j(x +x —2x)d

-2

x4 )C3 1
—+——x
4 3

0

+

16 8 37
—=- +——1 .
12

-2

0 2
hoanh va hai duong thang x=—-1, x=2. Pit a= If(x)dx,szf(x)dx, ménh d& nao sau day
e 0

dang?
B
C D
A
A. S=b-a B. S=b+a C.S=-b+a D. S=-b—-a
Loi giai
Chon A
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Ta co:

S=j]‘f(x)‘dx=j.l‘f(x)‘dx+.z”f(x)‘dx

=—a+b.

Ciu 14. (Pé Tham Khio 2019) Dién tich phan hinh phang gach chéo trong hinh v& bén dugc tinh theo
cong thirc nao dudi day?

2 2

A. [(-2x+2)dx B. [(2x-2)dx
-1 -1
2 2

C. j(—2x2+2x+4)dx D. j(2x2—2x—4)dx
e -1

Loi giai
Chon C
Dién tich hinh phang gach chéo trong hinh v& 1a:

§= ﬂ(_xz +3)—(x2 —2x—1)>dx = j‘—2x2 +2x+4‘dx = j(—sz +2x+4)dx.
4 )

Cau15. (Mi 101 - 2019) Cho ham s6 f'(x) lién tuc trén R. Goi S l1a dién tich hinh phing gi6i han béi
cac duong y = f(x) ,y=0,x=—1 va x=4 (nhu hinh v& bén). Ménh d¢ nao dudi day ding?

y /’
N,
/
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Cau 16.

Cau 17.

TAI LIEU ON THI THPTQG 2021

A.S:jf(x)dx—jf(x)dx. B.S:jf(x)dx+jf(x)dx.

C.Sz—jf(x)dx—j.f(x)dx. D.S=—jf(x)dx+:4[f(x)dx.
_ Loi giai _

Chon A

Tacé: hamsé f(x)>0Vxe[-L1]; f(x) <OVx e[1;4], nén:
4 I 4 1 4
S :_[|f(x)|dx :J‘1|f(x)|dx+‘!‘|f(x)|dx :[f(x)dx—_[f(x)dx. Chon dap an
B.
(M3 104 - 2019) Cho ham s f(x) lién tuc trén R. Goi S la dién tich hinh phang gi¢i han béi ca
duong y=f (x) , =0, x=-2 va x=23 (nhu hinh v&). Ménh d¢ nao dudi day ding?

AY

y=f(z)

f(x)dx B. Szj.f(x)dx—

1

f(x)dx. D. S:_jf(x)dx+

A. Sz—jf(x)dx—

C. S=—jf(x)dx+
_ Loi giai

Chon B

Taco S =[|f (x)|dx=5= [ |7 (x)|de+ [|£(x)|dx.

Do f(x)>0 véi Vxe[-2;1] va f(x)<0 véi Vxe[L;3] nén S = jf(x)dx—jf(x)dx.

1

(Chuyén KHTN 2019) Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo
cong thtic nao dudi day?
y=z’-2zr-1
2

Y —z°+3

Facebook Nguyén Vuong® https://www.facebook.com/phong.baovuongTrang 7
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Cau 18.

Cau 19.

Cau 20.

A. j(zxz—zx—4)dx. B. j(2x2+2x—4)dx.

e -1
C. _2[(—2x2+2x+4)dx. D. j(—2x2—2x+4)dx.

e -1

Loi gidi
Tir d6 thi ta thidy —x* +3>x’ —2x—-1, Vxe[-1;2].
Vay dién tich phan hinh phang gach chéo trong hinh v& 14
S = f[(—x2 +3)—(«? —2x—1)]dx = j.(—2x2 +2x+4)dx.
3 -1

Goi S la dién tich hinh phang gi6i han boi d6 thi ham s6 y = f(x), truc hoanh, dudng thang

x =a,x=>b (nhu hinh v& bén). Hoi cach tinh S nao dudi day dung?

I .r -ﬂ}
r’}l D O "

A.Szj-f(x)dx. E.Sij(x)dx+If(x)dx.

C. S=—jf(x)dx+jf(x)dx. D. S=jf(x)dx+jf(x)dx.
Loi gisi.

Chon B.

(THPT Poan Thuong - Hai Dwong 2019) Goi S 1a dién tich hinh phang gidi han béi cac d6 thi
ham sb: y=x’-3x, y=x.Tinh §.

A. S=4. B. §=8. C.S=2. D. §=0.
Loi gidi
x=-2
Phuong trinh hoanh d6 giao diém cta hai dd thila x’ —-3x=x < x’ —4x=0=|x=0 .
x=2
0 2
Vay S = j(x3—4x)dx+j(x3—4x)dx‘=4+4=8.
0

-2

(Chuyén Hung Vwong Gia Lai 2019) Goi S 1a dién tich ctia hinh phang gi6i han boi cac duong
y=3", y=0,x=0,x=2. Ménh d nao duéi day dung?

2 2 2 2
A.S:jydx. B.S:njfxczx. C.S:zjsxarx. D.S=j3“dx.
0 0 0 0

Loi giai

2
Dién tich hinh phang da cho duoc tinh boi cong thirc S = j 3'dx
0
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Cau 21.

Cau 22.

Cau 23.

TAI LIEU ON THI THPTQG 2021
(THPT Péng Son Thanh Hoéa 2019) Cho ham sé y = f (x) lién tuc trén doan [a;b]. Goi D la

dién tich hinh phing giéi han boi dd thi (C):y = f(x), truc hoanh, hai dudng thing x=a, x=b

(nhu hinh v€ duéi day). Gid st S, 1a dién tich hinh phang D . dung trong cac phuong 4n A, B, C,
D cho dudi day?

A SDzif(x)danj‘f(x)dx B SDz—j..f(x)danj.f(x)dx
C SD=ff(x)dx—ff(x)dx D SD=—ff(x)dx—ff(x)dx
Loi giai

Tacé S, =j|f(x)|dx:j-|f(x)|dx+_}£|f(x) dx

Vi f(x)<0,Vxe[a;0], f(x)=0,Vxe[0;b] nén:

j )dx+!).f(x)dx=—j).f(x)dx+j£f(x)dx

Dién tich hinh phing gioi han béi dd thi ham s6 y =(x—2)’ —1, truc hoanh va hai duong thing
x=1,x=2 bang

A2 B.2. c.l p. ..
=3 2 3 3
L(‘)’igi{li

Taco: S = Hx 2) —l‘dx Hx ~4x+3|dx

! X —4x+3)dx‘=§.

Cho hai ham s& f(x) va g(x) lién tyc trén [a;b]. Dién tich hinh phang gi6i han boi do thi cua
cacham sé y = f(x), y=g(x) va cac dudng thang x =a, x=b bang

b b b
B. [[/(®)+g@|dx. C. [|f()-g@|de. D. [[/(x)-gx)]dx.
Loi giai
Theo 1y thuyét thi dién tich hinh phang duoc gidi han bdi d6 thi cua cac duong y = f(x),
b
y=g(x), x=a, x=b dugc tinh theo cong thirc S = ”f(x)—g(x)|dx.
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

(KTNL GV Béc Giang 2019) Tinh dién tich hinh phéng gi6i han bdi db thi ham s§ y = 4x — x°

va truc Ox

A.11. B4 c. 3 .32
3 3 = 3
Loi giai
Chon D
Goi S 1a dién tich hinh phing gi¢i han béi dd thi ham sé y = 4x — x” va truc Ox.
5 x=0
Xét phuong trinh 4x —x" =0 < .
x=4
4 4 3 |4
X 32
Ta co S:H4x—x2|dx: I(4x—x2)dx =(2x* =) |==.
0 0 3 0 3

(Chuyén Nguyén Tat Thanh Yén Bai 2019) Dién tich ctia hinh phang duoc gidi han boi d6 thi
ham s y = f(x), truc hoanh va hai duong thing x=a, x=>b(a <b) (phan t6 d4m trong hinh

v€) tinh theo cong thic nao dudi day ?

(C):y=f(x)

a

A S:jf(x)dx+jf(x)dx B. 5= f(x)dx
C sz-jf(x)dx+jf(x)dx. D. 5= ff(x)dx‘
Loi giai

Dién tich ctia hinh phing dugc giéi han boi d6 thi ham s& y = f(x), truc hoanh va hai duong
b c b c b
thing x=a, x=b1a S = [|f (x)|dx = [|f (x)dv+[|£ (x)|dx ==[fCx)dx+][f(x)dx.

(Viét Pirc Ha Noi 2019) Tinh dién tich S hinh phing giéi han boi cac duong
y:x2+1,x=—1,x=2 va truc hoanh.

A. §=6. B. S=16. C.Szg. D. §=13.

Loi giai
2 2
Taco: S= sz +1‘dx= I(xz +1)dx=6.
-1 -1
(THPT An Lio Hai Phong 2019) Goi S 1a dién tich hinh phing gidi han bdi cac dudng
y=x"+5,y=6x, x=0,x=1.Tinh §.
4 7

A. — B. —
3 -3

5
D. -
3

C.

w | oo
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Ciu 28.

Cau 29.

Cau 30.

TAI LIEU ON THI THPTQG 2021
Loi giai
Chon B
Phuong trinh hoanh d6 giao diém: x> +5=6x < x=5;x=1.

1
. \ 7
Dién tich hinh phang can tim: S = ”x2 —6x+ 5‘ dx = 3
0

(THPT An Lo Hai Phong 2019) Goi dién tich hinh phing giéi han boi dd thi ham sb

(C):y="2""1 \ahaitruc toado la S Tinh S?
A.S=1—lni B.S=4lni Q.S=4lni—1 D.Szlni—l
3 3 3 3
Loi giai
Chon C
Hoanh d¢ giao diém cua (C ) va truc hoanh 1a nghiém cia phuong trinh —3x—11 =0 x= —%.
x_
Do d6 dién tich hinh phang 1a
¢ 3x-1 ' 4 0 4
s=|] dx| = I(3+—jdx =|(3x+4mfx-1)[, =4In—-1.
, x—1 | x—1 -3 3
3 3
Dién tich hinh phang gidi han boi y=x";y =0;x=1;x=2 bing
A.i. E.Z. C.§. D. 1.
3 3 3

2 2 7
Ta cod S:”xz‘dx:_[xzdx:?
1 1

(THPT L& Xoay Vinh Phiic 2019) Goi S 1a dién tich hinh phang giéi han boi d6 thi ctia ham sb

(H):y= x__l va cac tryc toa do. Khi d6 gia tri ciia S bang
X+

A.2In2-1. B. In2+1. C.In2-1. D. 2In2+1.
Loi giai

Phuong trinh hoanh d6 giao diém cua d6 thi (H ) va truc hoanh x—_i =0 x=1.
X+
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

Dién tich hinh phéng gidi han béi (H ) va cac truc toa do la

1 1 1
ZIX 1dx=j_x+1dx=j(—1+—2 jdxz(—x+2ln|x+l|)‘1=21n2—1-
0 X+1 0 ‘X+1 0
Inx

o x+1
(Toan Hoc Tudi Tré 2019) Goi S 1a dién tich ctia hinh phang giéi han béi cac duong y = ——,
X

y=0, x=1, x=e. Ménh d¢ nao dudi day ding?
rlnx lnx “(Inx) “(Inx)
A.S-;rf—dx. B. S— f . C.S—[[?] dx. D.S—ﬂ![?]w
Loi giai

Dién tich hinh phang gi¢i han boi mién D gom cac duong y = ln_zx ,y=0,x=1,x=e la:
X

s=[ 1

(Chuyen Phan Bdi Chau Nghé An 2019) Dién tich hinh phing giéi han bai do thi cac ham sb
y=—x"+2x+1, y=2x"-4x+11a

1nx “lnx Inx (1 e)

—dx vi —>0, Vx¢e

2
)C

A. 8. B.5. C. 4. D. 10.
Loi giai
Phuong trinh hoanh d6 giao diém 1a —x” +2x+1=2x" —4x+1 < 3x> —6x =0
{x =0
=
x=2

Dién tich hinh phang 1a S =

I[ 2x —4x+1 ( x2+2x+1)}dx
0

2
0

=4,

(x3 —3x2)

(THPT Yén Phong 1 Bic Ninh 2019) Tinh dién tich hinh phing giéi han boi hai d thi
y=x"+2x, y=x+2.

2
J. 3x —6x
0

AL B. 2. c.2. p. 1.
2 2 2 2
Loi giai
=-2
Xét phuong trinh: x2+2x:x+2c>x2+x—2:0©{x .
x:
Dién tich hinh phang gii han boi hai d thi la:
1 1 3 2 !
S=Hx2+x—2‘dx= I(x2+x—2)dx o :‘—Z—m‘zg.
b by 3 2 5 6 3| 2

(Chuyén Ha Long 2019) Hinh phang (H) duoc gi¢i han boi cac duong y=x", y=3x-2.
Tinh dién tich hinh phang (H)

A. % (dvdt) B. % (dvdt) C. 1 (dvdt) D. % (dvdt)
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Ciu 35.

Cau 36.

Cau 37.

TAI LIEU ON THI THPTQG 2021
Loi giai
Hoanh d¢ giao diém cta hai d6 thi ham s 1a nghiém ctia phuong trinh:
x=1
x=2

Khi d6 dién tich hinh phang gidi han boi cac duong la:

x2=3x—2<:>x2—3x+2:0<:{

2

S =J2.‘x2 —(3x—2)‘dx = J.(x2 —3x+2)dx
1 1

1
=— (dvdt).
5 (dvd)

(THPT Gang Thép Thai Nguyén 2019) Dién tich hinh phing giéi han béi dé thi cac ham sé y= In X, V= 1va duong thing X = 1
bing
A. . B. e+2. C. 2e. D. e-2.
Loi giai
Taco Inx-1=0=x=e.

Dién tich hinh phang gii han boi do thi cac ham sé y =Inx, y =1 va duong thang x =1 la:

j:(lnx—l)dx

1

=[1-(e-1)|=]2-¢|=e-2

e
—‘l—xL

S=j2|lnx—1|dx= x(lnx—1)|f—j.dx
1 1

Dién tich hinh phang gi6i han béi d6 thi ctia ham s6 y = 4x—x" va duong thang y = 2x bang

A. 4. B 2% c p. 16
3 3 3
Loi giai

. =0

Xét phuong trinh hoanh d§ giao diém 4x—x’ =2x < x* -2x=0 < {x )
X =
) . 2 2 x3 2 4
Khi d6 dién tich hinh phang can tim 1a § = j [ — 2| dx = j (2x—x*)dx= [xz —?j =
0 0 0

(THPT L& Quy Pon Pa Ning 2019) Tinh dién tich phan hinh phing gach chéo (tam giac cong
OAB) trong hinh v& bén.

A B. 2~ c.t ST
=6 6 15 15
Loi gidi

Phuong trinh hoanh d¢ giao diém

x=(x—2)2 Xt —5x+4=0<:>[x

Duya vao d0 thi, khi d6 dién tich hinh phang can tim la
1
1 1 5

2
S=_0[)cd)c+1(x—2)2dx=§+§=g
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Cau 38.

Cau 39.

Cau 40.

5
Vay §=—.
ay 6

(KTNL GV Thuén Thanh 2 Bic Ninh 2019) Tinh dién tich S cta hinh phing gidi han béi cac
duong y=x"—2x, y=0, x=-10, x=10.

A.S:@. B. S =2008. C. S =2000. D.S:#.

Loi giai
Chon D
Phuong trinh hoanh d6 giao diém cua hai duong (C ) (y=x"—-2x va (d ) :y=0 la:

x=0

x2—2x:0<:>[ .
x=2

Béng xét dau:

X —0 0 2 +on
Vr + 0 - 0 +

Dién tich can tim:

S = ]Jg‘xz—2x‘dx= jl (x2—2x)dx—

-10 -10

3 0 3
zx__xz _x__xz
3 3
10

© Ty

(x2 —2x)dx+j(x2 —2x)dx

2
2 3

3
0

10

1300 4 704 2008
= +—+ = .
3 3 3 3

2

(THPT Ngé Si Lién Biac Giang 2019) Goi S 1a dién tich hinh phang gi6i han bdi cac dudng
1
»=f(x), truc hoanh va hai dudng thing x=-3, x=2 (nhu hinh v& bén). Bt a= [ f (x)dx,
-3
2 M
b= If(x)dx . Ménh dé nao sau day la dung.
1
y
o |
-3 1 2 x
A. S=a+b. B. S=a-b. C.S=-a-b. D. S=b-a.
Loi giai
Chon D

2 1 2 1 2
Taco §=[|f(x)dx = [|f (x)|de+[|f (x)|dx ==[ f(x)de+[f(x)dr=-a+b.

-3 -3 1 -3 1
(Chuyén Bic Giang 2019) Dién tich hinh phing gidi han boi d6 thi ham sd y=x* va dudng
thang y =2x la:

A2 B.2 c.’ 23
3 3 2 15
Loigiai
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Cau 41.

Cau 42.

Cau 43.

TAI LIEU ON THI THPTQG 2021

Chon A
. . 5 x=0
Xét phuong trinh x” =x =

Dién tich hinh phang gi¢i han boi @6 thi ham s6 y = x> va duong thang y =2x 1a:
1 1
4
S =_ﬂx2 —x)d = I(xz —x)dx =
0

d 3
(Chuyén Phan Bdi Chau 2019) Dién tich hinh phing giéi han boéi dd thi cac ham sb
y=-x"+2x+1, y=2x"—4x+11a
A. 8 B. 5 C. 4 D. 10
Loi giai

Phuong trinh hoanh d6 giao diém hai d6 thi ham s6 y = —x* +2x+1, y=2x" —4x+1 la:
2 A2 2 _ x=0
X" +2x+1=2x"-4x+13x" -6x=0<= 5"

X =

Dién tich hinh phang di cho laj ‘3x —6x‘dx j 6x 3x )dx (3x —x3)3:4.

(Hsg Bic Ninh 2019) Goi S 1a dién tich hinh phang gidi han boi d6 thi ham s6 y = *=1 vacac

x+1
truc toa d9. Khi do6 gia tri cua S 1a
A. S=1+In2. B. S=2In2-1. C. S=2In2+1. D. S=n2-1.
Loi giai
Xét phurong trinh hoanh d6 giao diém ctia d6 thi ham s6 da cho va truc hoanh: x—_izo S x=1.
X+

1
Khi d6 S:ﬂx_l j 1—— (x—21n|x+1|)H=21n2—1.

0|x+1 x+1 0

Dién tich hinh phéng giéi han boi hai d0 thi ham sé y=x°, y=x"—4x+4 va truc Ox (tham

khao hinh v€) dugc tinh theo cong thiic nao dudi day?

4 ,|1'=.\':—4_\'+4
4 3 {
\ T /
3 \"\ ’,vl
2 VI\\ ."/"
| ,
-1 0 1 - 2 = 3 4 5:\;
-
2 1 2
A fle=(x —4x+4)‘dx B. —[xdv+ [(x* —4x+4)dr.
0 0 1
C. j-x3dx j(x —4x+4)dx D. jx3dx+j(x2—4x+4)dx.
0 1 0 1

Loi giai
Duya vao hinh vé ta thdy hinh phang can tinh dién tich gdm 2 phan:
Phan 1: Hinh phéng gidi han boi dd thi ham sb y=x",truc Ox, x=0, x=1.
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Phan 2: Hinh phéng gi61 han boi dd thi ham sb y=x>—4x+4 truc Ox, x=1, x=2.

Do d6 dién tich cin tinh 1a S = j.‘x3‘dx+j.‘x2 —4x+4\dx =jx3dx+j(x2 —4x+4)dx.
0 1 0 1

phan dé tim thé tich

O Thé tich vit thé
Goi B la phan vat thé gioi han boi hai mdt phang vuong goc voi truc Ox tai cdc diéem a va b, S(x) la

dién tich thiét dién cia vdt thé bi cat béi mdt phcfng vuong goc voi truc Ox tai diém x,
(a <x<b). Gia sir S(x) la ham s6 lién tuc trén doan [a;b]. Khi dé, thé tich cia vit thé B duwoc

b
xdc dinh: |V = j S(x)dx].

@ T hef tich kh(?'i tron xoay )
a) Thé tich khoi tron xoay dwoc sinh ra khi quay hinh phang giéi han boi cac duong y = f(x), truc hoanh

va hai dwong thang x =a, x=b quanh truc Ox:

YA
(C):y=f(x)
Ox):y=0 5 5
; B (00770 haflror
x=b

b) Thé tich khoi tron xoay dwoc sinh ra khi quay hinh phang gidi han béi cdc dwong x = g(y), truc hodnh
va hai dwong thang y=c, y=d quanh truc Oy :

YA
‘D
TR  PEN (C):x=g(y)
\ d
(Oy):x=0 2
\ _
' yee % —W[[g(y)] dy
b T _ y= d
9] X

¢) Thé tich khéi tron xoay dwoc sinh ra khi quay hinh phang gi6i han boi cdc dwong y = f(x), y=g(x)
(ciing nam mot phia so véi Ox) va hai dwong thang x=a, x=b quanh truc Ox:

- ) 2 VA
szz!\f (x)—g* ()] dx. //%/// 1)
N g(x)
N
Ol a b Voo
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Cau 1.

Cau 2.

Cau 3.

Cau 4.

TAI LIEU ON THI THPTQG 2021
(De Minh Hoa 2017) Viét cong thuc tinh thé tich V' cta khoi tron xoay duoc tao ra khi quay

hinh thang cong, gidi han béi do thi ham s y=f (x), truc Ox va hai dudng thing
x=a,x=b(a<b),xung quanh tryc Ox.

b

A.V:ji|f(x)|dx B.V:ﬂjfz(x)dx C.V:jfz(x)dx D.V:ﬂ:b[f(x)dx

Loi giai
Chon B

(P& Tham Khio 2018) Cho ham s y = /'(x)lién tuc trén doan [a;b]. Goi D 1a hinh phéng gi¢i

han boi d6 thi ham sé y zf(x), truc hoanh va hai duong thing x=a,x zb(a < b). Thé tich cta
khdi tron xoay tao thanh khi quay D quanh truc hoanh dugc tinh theo cong thirc:

b b b b
A.V=7Z'2J.f(x)dx B.V=7Z'If2(x)dx C.V=2njf2(x)dx D.V=7Z2If2(x)dx
Loi giai
Chon B
(M3 101 2020 Lan 2) Goi D la hinh phang gi6i han boi cac duong y=¢*, y=0, x=0 va
x =1. Thé tich ctia khdi tron xoay tao thanh khi quay D quanh truc Ox bang:

1 1 1 1
A. ﬂ'J. edx. B. J.e""dx . C. ﬂ'j e dx . D. J.e“dx.
0 0 0 0
Loi giai
Chon C
Ta c6 thé tich ctia khdi tron xoay tao thanh khi quay D quanh truc Ox bang:

ﬂj(e” )2 dx = nj e®dx .
0 0

(M4 102 - 2020 Lan 2) Goi D 1a hinh phing gi6i han boi cac duong y=e*,y=0,x=0 va
x =1. Thé tich cta khdi tron xoay tao thanh khi quay D quanh truc Ox bang

1 1 1 1
A. Ie“dx . B. ﬁ_[egxdx. C. ﬁ_[e4”dx . D. J.egxdx.
0 0 0 0
Loi giai
Chon B
Thé tich cta khdi tron xoay tao thanh khi quay D quanh truc Ox 1a:

V= ﬁ_i.(e“ )2 dx = ﬁ_i.egxdx.
0 0

(M3 103 - 2020 Lin 2) Goi D la hinh phang giéi han boi cac duong y=e,y=0,x=0 va
x =1. Thé tich khéi tron xoay tao thanh kho quay D quanh Ox bing
1 4x ! 2x 1 2x ! 4x
A. ﬂjoe dx. B. joe dx. C. ﬂjoe dx. D. joe dx.
Loi giai
Chon A
Thé tich khi tron xoay tao thanh kho quay D quanh Ox 1a V = ﬂjol(e2x )2 dx = 7Z'J.01 e™dx .
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Cau 6.

Cau 7.

Cau 8.

Cau 9.

(M4 104 - 2020 Lan 2) Goi D 1a hinh phing giéi han béi cac duong y=¢*,y=0,x=0 va
x =1. Thé tich ctia khdi tron xoay tao thanh khi quay D quanh truc Ox bang

1 1 1 1

A. njezxdx. B. n_[exdx C. J.exdx. D. Iezxdx.
0 0 0 0
Loi giai
Chon A

(M3 103 2018) Cho hinh phing (H) gi6i han béi cac duong y=x"+3, y=0, x=0, x=2.
Goi V' 1a thé tich ctia khéi tron xoay duoc tao thanh khi quay (H ) xung quanh truc Ox . Ménh dé
nao dudi day dang?

A. V:j.(xz +3)dx B. Vzﬂj.(x2+3)dx
0 0

C.V=

S ——y 0

2
(x2+3)2 dx D. Vz;zj(x2+3)2 dx
0
Loi giai
Chon D
Thé tich cua khdi tron xoay dugce tao thanh khi quay (H ) xung quanh truc Ox la:

14 =7rj.(x2 +3)2 dx .
0

(M3 105 2017) Cho hinh phang D giéi han béi dudng cong y=e¢", truc hoanh va cac duong
thang x=0, x =1. Khbi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang
bao nhiéu?
n(e’ +1 2 _ 2 n(e’ -1
M yoe-l c.v="c D,VZM
2 2 3 2

Loi giai

A. V=

(M3 104 2017) Cho hinh phang D gi6i han véi dudng cong y =+/x? +1, truc hoanh va cac
dudng thang x = 0,x = 1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V/

bang bao nhiéu?

A. V=2 B.V=4—7T C.V=2x D.sz
3 3
Loi giai
Chon B
Thé tich khéi tron xoay duoc tinh theo cong thirc:
1 1 3 !
V=7rJ.(\/x2+1)2dx=7rJ.(x2+1)dx:n(x?+xJ :4%.
0 0 0

Trang 18 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

TAI LIEU ON THI THPTQG 2021
(M4 123 2017) Cho hinh phang D gidi han boi dudong cong y=+2+cosx, tryuc hoanh va cac

duong thang x =0,x = g . Khéi tron xoay tao thanh khi D quay quanh truc hoanh c6 thé tich V

bang bao nhiéu?

AV =(n+1)n B.V=n-1 C.V=n+l D. V=(n-1)n
Loi giai
Chon A
2
V= n](\/2+cosx) dx = n(2x+smx)‘2—7c(7c+1)
0

(M3 110 2017) Cho hinh phang D gii han bai duong cong y =+/2+sinx, truc hoanh va cac
duong thing x=0, x =7 . Khbi tron xoay tao thanh khi quay D quay quanh truc hoanh cé thé
tich ¥ bang bao nhiéu?

AV =27(7+1) B.V=2x C.V=2(z+1) D. V=27’
Loi gidi
Chon A
Taco: V = 7[?(\/2+Si1’1x)2dx = ET(2+sinx)dx =7r(2x—cosx)‘: =27(7+1).
0 0

(M3 104 2018) Cho hinh phang (H) gidi han boi cac duong thang y=x"+2,y=0,x=1x=2.
Goi V' 1a thé tich ctia khéi tron xoay dugc tao thanh khi quay (H ) xung quanh truc Ox . Ménh dé
nao dudi day dung?

A. V=f(x2+2)dx B. V=ﬂj(x2+2)2dx
1

C. V= j.x +2 D. V=7zj.(x2+2)dx
1

Loi giai
Chon B

Tacod: V= ﬂj(xz +2)2 dx.

(Pé Tham Khao 2017) Tinh thé tich V cua phan vat thé gidi han boi hai mit phaing x=1 va
x =3, biét rang khi cit vat thé boi mat phang vudng goc véi truc Ox tai diém c6 hoanh do x
(1<x<3) thi dugc thiét dién 1a mot hinh chit nhat c6 do dai hai canh 1a 3x va v/3x*—2.

124 124
AV=" B.V=(32+215)7 C.V=32+215 D.V=-—"Z

Loi giai
Chon A
Dién tich thiét dién 1a: S(x) =3x+/3x> -2

— Thé tich vt théla: v = J3x\/3x - dx—1§4

Tim cong thic tinh thé tich cia khdi tron xoay khi cho hinh phang gigi han boi parabol
(P):y=x" vaduong thing d : y = 2x quay xung quanh truc Ox.
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2 2 2 2 2 2
A. ﬁj(xz - Zx)2 dx. B. ﬁj4x2dx—ﬂjx4dx . C. ﬁj4x2dx+ ﬂjx“dx .D. 72"[(2)( —xz)dx
0 0 0 0 0 0
Loi giai
x=0

Phuong trinh hoanh d6 giao diém x* —2x=0 < { 5"
X =

2 2
Vay thé tich khéi tron xoay duoc tinh V = 7Z'J- 4xdx — 7Z'J- x*dx.
0 0

Ciu 15. (THPT Poan Thwong - Hai Duwong - 2019) Cho hinh phing (H ) gidi han boi cac duong
y=x"+3,y=0,x=0,x=2. Goi ¥ la thé tich khdi tron xoay duoc tao thanh khi quay (H )

xung quanh truc Ox . Ménh dé nao sau day dang?

A. Vzﬁjz.(x2+3)2dx. B. sz.(x2+3)dx.
0 0

C. sz.(x2+3)2dx. D. V=7ri(x2+3)dx.
0 0

Loi giai

2
9 5 2
Thé tich cta vat thé duoc taonénla V = ﬂj(xz + 3) dx.
0

Ciu 16. (Chuyén Trin Pha Hai Phong 2019) Goi V 1a thé tich cta khéi tron xoay thu duoc khi quay
hinh thang cong, gidi han boi dd thi ham s y=sinx, truc Ox, truc Oy va duong théng X =%,

xung quanh truc Ox. Ménh d& nao dué6i day dung?

T s

N

3 3 ; 3
A. ¥ = [sin’ xdx B. ¥/ = [ sin xdx C.V=r[sin’xdx  D.V =rxsinxdx
0 0 0 0
Loi giai
b
Cong thuc tinh: V' = ﬂjfz (x)dx
Ciu 17. Thé tich khéi tron xoay dugc sinh ra khi quay hinh phang gi¢i han boi dd thi ciia ham s

y =x" —2x, truc hoanh, dudng thing x =0 va x =1 quanh truc hoanh bang
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A 167 B. 2% c. iz p. 3%
15 3 3 15
Léi gidi

1 (1 4) 877
Y O P 3
T3S

Cau 18. (THPT Yén Phong S6 1 Biic Ninh 2019) Cho mién phing (D) gi6i han boi y = Jx , hai duong

Taco V = ﬁi(xz —2x)2 dx = 7ri(x4 —4x° +4x2)dx: ﬂ.(x—;—x“ +4TX3J

thang x=1, x=2 va truc hoanh. Tinh thé tich khéi tron xoay tao thanh khi quay (D) quanh truc

hoanh.
A. 37. B % .z .3
2 3 2
Loi giai
Chon B
2 2 3
V:ﬂjxdx LI
2 2

Cau19. (S& Phi Tho 2019) Cho hinh phing (H) gi6i han béi cac dudng y =2x—x*, y=0. Quay (H)
quanh truc hoanh tao thanh khdi tron xoay c6 thé tich 1a

A. Jz.(2x—x2)dx B. ni(2x—x2)2 dx C. j.(2x—x2)2 dx D.n (2x—x2)dx
0 0 0

O ey O

Loi gigi
Chon B
2
Theo cong thirc ta chon ¥ = nj(Zx -x° )2 dx

0

Ciau 20. Cho hinh phang gi¢i han boi cac dudng y =+/tanx,y=0,x=0,x =% quay xung quanh truc Ox .

Tinh thé tich vét thé tron xoay dugc sinh ra.

A 7rln2_ B. zln3
2 4
cZ. D. 7ln2.
4
Loi giai
| | : : : :
Thé tich vat thé tron xoay duoc sinhralal = ﬁI(\/ tanx)2 dx = 7Z'I tan x.dx = 7rJ. S0 X dx = —7Z'I (COSX)
0 0 ( COSX o COSX
z 1 7ln2
=—r(l d=—gln| — |= .
7[( n|cosx|)‘0 T n(ﬁj 5

Cau2l. (THPT Hoang Hoa Tham Hung Yén 2019) Thé tich khoi tron xoay khi quay hinh phing (H)

) 1
xac dinh boi cac duong y=§x3—x2, y=0, x=0 va x=3 quanh tryc Ox la

Ly B. 3 c. 1z p. L.
= 35 35 35 35
Loi giai
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Thé tich khéi tron xoay sinh ra khi quay hinh phang (#) quanh truc Ox la:

3 2 3
V:ﬁj(lf —xzj dxzﬂj(lf—gxs +x4jdx=81—7[.
o\ 3 o\ 9 3 35

. . 5 1
Vay thé tich khoi tron xoay can tinh la: V = 83—: .

Ciu 22. (Chuyén Lwong Thé Vinh Pong Nai 2019) Thé tich khi tron xoay khi cho hinh phang gidi han
boi parapol (P): y =x” va duong thang d: y = 2x quay xung quanh truc Ox bang:

2 2
A. ;zj(zx—x2)dx. B. ﬂj(xz—Zx)zdx.
0 0

C. ﬁj4x2 dx+7rjx4 dx . D. ﬁj4x2 dx—ﬁjx“dx.
0 0 0 0
Loi giai

v

y=x52

Xét phuong trinh hoanh d6 giao diém cia hai d thi: x> = 2x < { -
X =

2 2 2 2
Taco: V,, = 7Z'I (2x)*dx — ﬂj (x*)’dx = 7Z'I 4x’dx — 7Z'I x*dx
0 0 0 0

Ciu 23. (THPT Nghia Hung ND- 2019) Tinh thé tich cta vat thé tao nén khi quay quanh truc Ox hinh
phang D gi6i han boi dd thi(P): y =2x—x" va truc Ox bang:

A V=27 By =% c.v="% . v =%
15 15 15 15
Loi gidi

Xét phuong trinh hoanh d¢ giao diém cua (P) va truc Ox :

5 x=0
2x—x" =0 .

x=2

Khi do:

2 > 2 4 1.\ 16
V:ﬂJ.(Zx—xz)dx:ﬂj(4x2—4x3+x4)dx:7r(—x3—x4+—x5j =—7.

) ) 3 57 ), 15
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Chuyén dé 27 (NG DUNG TICH PHAN

b
® Hinh phang (H) gidi han béi §(C,):y = g(x) thi dién tich la |S = j | /(%) — g(x)|dx]|.

b
Hinh phang (H) giéi han béi {(C,):Ox:y=0  thidién tichla |S = j | /()| dx]

TAI LIEU DANH CHO POI TUQNG HQC SINH KHA MUC 7-8 PIEM

bhan dé tim dién tich

(€):y=/f(x)

x=a,x=b(a<b)

(C):y=r(x)

x=a,x=b(a<b)

ia\é B v Sy, = 7wab.
?g = bz = o a x . x2 y2

b

@ Hinh thirc dé thwong hay cho
Hinh thikc 1: Khong cho hinh ve, cho dang (H):{y = f(x), y=g(x), x=a, x=b (a <b)}

b
casio H f(x)— g(x)| dx = ket qua, so sanh voi bon dap an.

Hinh thiec 2: Khong cho hinh ve, cho dang (H):{y = f(x), y = g(x)}

Giai f(x)=g(x) tim nghiém Xx,,...,X,, Vi X, nho nhdt, x, l6n nhat —=°— j | f(x)— g(x)|dx.

Hinh thire 3: Cho hinh vé, sé gidi phuong trinh tim toa dé giao diém (néu chiea cho trén hinh), chia timg

dién tich nho, xé hinh tir trén xuong, ghi cong thirc va bam mdy tinh.

Hinh thirc 4: Cho ba ham tré lén, chang han y = f(x), y = g(x), y = h(x) ta nén vé hinh.

Cau 1.

(P& Tham Khao 2018) Cho (H) 1a hinh phang gidi han boi parabol y = J3x2, cung tron co

phuong trinh y =+4—x> (véi 0<x <2 ) va truc hoanh (phan t6 dam trong hinh v&). Dién tich
cua (H) bang

A dr+3 5. dr—3 c dr+243-3 o 53 -2x
12 6 6 3
Loi giai
Chon B
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Phuong trinh hoanh d6 giao diém gitta parabol va cung tron ta duoc B3P =v4—x* o x=+1 véi
0<x<2néntacod x=1

1 2 L 2
Ta c6 dién tich S:J'x/gxzdx+.|'\/4—x2 =§x3 +J.*/4—X2dx=§+j~/4—x2dx
0 1 0 1 1

bat: x =2sint => dx=2005tdt;x=1=>t=%;x=2=>t=£

2
5 _
:S=?+2(t+%sin2t) _4r \/g

B 6
6

Ciu 2. Dién tich phan hinh phing dugc t6 dam trong hinh v& bén duoc tinh theo cong thirc nao dudi
day?

A J( -2 ). B ] (-2 e,

-1

C [ s2e Fjas. . J( 2= o

-1
Loi giai
Dién tich hinh phiang duoc té ddm trong hinh v& bén la:

1x2—2—— X dle —Jlxl=x*+2)dx (vi xe[-L1]= /¥ >x*=2).
(~elfar=[ (- +2) [-1:1]= 4

Cau3. (S& Bic Giang 2019) Dién tich hinh phang gi6i han bai duong cong y = xInx, truc hoanh va

-1

duong thang x=e 1a

A CL iy c. oL p. £*L.
2 2 4 - 4
Loi giai
Phuong trinh hoanh dg cua duong cong y = xIn x va truc hoanh 1a
x>0 x>0
xInx=0=<x=0 <J|lx=0=x=1.
[lnxzo chl

Vay dién tich hinh phang giéi han béi dudong cong y = xIn x , truc hoanh va dudng thang x =e la

S =j.|x1nx|dx=j:x1nxdx.
1 1
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u=Inx du:;dx x* e 17 e x'le e +1
bat = .Suyra §S=—Inx ——dex=——— =
dv = xdx x? 2 1 24 2 410 4
v="—
2

Gié tri duong cta tham s& m sao cho dién tich hinh phang gidi han boi d6 thi ciia ham sb
y=2x+3 va cac duong thang y=0,x=0,x=m bang 10 1a

A.m=%. B. m=5. C.m=2. D. m=1.

Loi giai
Vi m>0 nén 2x+3>0,Vxe[0;m].

Dién tich hinh phang giéi han bai d6 thi ham s y =2x+3 va cac dudng thang y=0,x=0,x=m
la:
§=[(2x+3)de=(x"+3x) =m’ +3m.
0
Theo gia thiét ta co:

=2
S=10@m2+3m=10@m2+3m—10=0@[m & m=2 (do m>0).
m=—
7—4x" khi 0<x<1

) . Tinh dién tich hinh phang
4—x" khi x>1

(Chuyén KHTN 2019) Cho ham sé f(x)= {
gidi han bai d6 thi ham sb f(x) va cac duong thang x=0,x=3,y=0.
16 20

A2 B. =2, C. 10. D.9.
3 3

Loi gidi

Facebook Nguyén Vwong® https://www.facebook.com/phong.baovuongTrang 3




NGUYEN BAO VUONG - 0946798489

-2

-5
1 2 3
S=[(7-4xJdx+ | (4—x7)dx+ | (x* —4)d
[ o [ -4
3 3 7 8
:(7x—x4)|10+[4x—x?]|l2+{%—4le2 =6+4-7-3-2+8=10.

(Chuyén Qudc Hoc Hué 2019) Tinh dién tich S cta hinh phiang (H) gii han boi cac duong

cong y=—x +12x va y=—x".

A.Szg B.S=£ C.S=7—93 D.Szﬁ
12 12 4 4
Loi giai
Xét phuong trinh hoanh d6 giao diém 2 duong cong:
x=0
X +12x=—x" & x(x* —x-12) =0 | x=-3.
x=4

= Dién tich can tim 1a: S = j“x3 —x’ —12x‘dx = j“x3 —x’ —12x‘dx+j“x3 -x° —12x‘dx
3 3 0

0 4 3
H - 6w
73 4 3

0 4

J.(x3 -x’ —12x)dx

+

4 4 3
J(x3 —x’ —12x)dx‘ = [%—%—6x2j
0

(Vigt Pirc Ha Noi 2019) Cho (H) 1a hinh phang gioi han boi cac duong y=x, y=x-2 va

truc hoanh. Dién tich cua (H ) bang
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y
Xét cac hinh phang (H,): 4y =
x

h 2 4 (& 4 16 10

Do d6 S(H) S(H,)—S(H2)=£x/;dx !(x 2)dx Ex\/}()—(7—2x}‘2=?—2=?
e i 10
Cach khac: Taco (H):{x=y+2 .Suyra S(H)z”yz—(y+2))dy=—.
y=0,y=2 ’ :

Dién tich hinh phang dugc gidi han boi cac duong y=x"+x-1va y=x*+x-11a

2 B. L. c.z. D2
15 15 5 15
Loi giai

Phuong trinh hoanh d6 giao diém cia y=x>+x—1va y=x"+x-11a
x=0
Yix-l=x'+x-leoxX-x'=0c|x=1

x=-1

Dién tich hinh phang can tim 1a S = Jl.‘xz —x4‘dx = }‘xz —x4‘dx+j.‘x2 —x4‘dx
e 21 0

1 x3 xS x3 xS
j ¥ —xt —_— +| ———
3 5 3 5

0
(THPT Nghia Hung NDP- 2019) Goi S 1a hinh phang gi6i han boi db thi ham sb (H):y = ;i
X+

0

jx—x

-1

1
0

0
-1

2 2 4

15 15 15

va cac truc toa d9. Khi do gia tri cia S bﬁng

A. S=In2+1. B. §=2In2+1. C. S=In2-1. D. §=2In2-1.
Loi giai
Phuong trinh truc (Ox) va (Oy) lan lugtla y=0 va x=0.
Phuong trinh hoanh d6 giao diém cta ham s6 (H) va truc Ox: x—_1=0<:> x=1.
X+
Taco: S= I . Vi x_1<0 Vx €[0;1] nén dién tich cn tim la:
x+1 x+1
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1 1
S=_jX__1dx=j(—1+i)dx=(—x+21n|x+1|)\l =2In2-1.
o Xx+1 0 x+1 0

Ciu 10. (THPT Gia Loc Hai Dwong 2019) Tinh dién tich ctia phan hinh phang gach chéo trong hinh v&

sau:
yik
y=vz
y=x—2
O 2 T
AL B. 4. c. p. .
3 3 3
Loi giai
Cich 1: Coi x 1 ham s theo bién s6 y .
'\ v — o2
x =y + 2
2 |
: Y
(] 2
Hinh phang di cho gidi han boi cac duong:
x=y" (v6i y=0); x=y+2; y=0.
=—1 (loai
Tach: Y =y+2 1y —y-2=0& Y (loai)
y=2 (t/m)

2 2
Dién tich ctia hinh phang can tim 1a S=”y+2—y2‘dy=I(y+2—y2)dy=% (dvdt)
0 0

Cach 2:

,yll

Y=z

xr

NS G

0] 2
y=x —2

Phuong trinh hoanh d6 giao diém cta cac d6 thi ham sé y = \/;, y=x-2:

x=2 x>2
\/;zx—2<:>{ {

4,
)c=(x—2)2 ~ x2—5x+4=0<:>x

4 4
Dién tich cuia hinh phang can tim 1a S = I Jxdx— I (x—2)dx = ? (dvdt)
0

2
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Cau 11.

Cau 12.

TAI LIEU ON THI THPTQG 2021
2

(HSG Bic Ninh 2019) Cho hinh phang (H) gi¢i han béi parabol yzf—z va dudng cong cd

2

phuong trinh y = 4—% (tham khao hinh v& bén )

4 -

Dién tich hinh phang (H ) bang:

2(47+3
A ( ) B. 47 ++/3 C. 4z ++/3 D. 43 +x
3 6 3 6
Loi giai
2 2 4 2 4 2 =12
Xét phuong trinh A . A N | P x =12
12 4 144 4 144 4 x=-12

Dién tich hinh phéng (H) bang:

biat x=4sint = dx =4cos xdx

Ddican: x=0=7=0; x:ﬂ:;:%

S
I = I cos’ tdt = I1+0052t =—+f
0
Xét I, =J‘ﬁx_dx:&
0 12 3
2(4;;+J§)
Vay §=21,-20, = ———

Cho ham sd f (x) xac dinh va lién tuc trén doan [—5;3] ¢6 dd thi nhu hinh v& bén. Biét dién tich
ctia hinh phéng (A), (B), (C), (D) gidi han boi do thi ham sé y = f(x) va truc hoanh lan luot

la 6; 3;12; 2. Tinh tich phan [ [2(2x-+1)+1]dr bing
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y o
/’_\
."':..
|II ..-II'.I II'I
[ © i
| @\ I
|| \ ! ) f
T _ \ D) "
5 @/ o, E x
A. 27. B. 25. C.17. D. 21
Huéng din giai
1 1 1 3
Taco | [2f(2x+1)+1de=2[ f(2x+l)dv+x| =[ f(x)dc+4
Sip) +Se) tSip) =6-3+12+2=17

Ma Jif(x)dxz S(A) -
Vay jj}[zf(2x+1)+1]dx=21

. (To{v Hcy Tvl 1 Tp
~ — 20 1 8) Di¢n tich hinh phing gioi han boi db thi ham s

y=|x—1] vanira trén cta dudng tron x° +)” =1 bang?
Az L B. 7= c. 1. pD. 21
4 2 2 2 4
Loi gidi
x—1 khi x>1

=|x—-1= .
d | | {l—x khi x <1
1< y=++1-x" do chi tinh nira trén cia dudng tron nén ta liy y =+/1—x’

x4y’ =
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Cau 14.

TAI LIEU ON THI THPTQG 2021

Hinh phing giéi han boi db thi ham s y = |x—1| va nira trén cua duong tron x>+ y* =1 13 phan
td0 mau vang nhu hinh vé.
Dién tich hinh phang trén la:

S = j[ﬂ—l x) | ds jﬂdx+jx 1)dx = 1+(2 j

1

1 2 °

0

Tinh 11=j\/1—x2dx.
0
bat x =sint, te{—Z —} dx =cost.dr.
2°2
Doi can x=0:>t=0;x=1:>t=%.

1+ cos2t
cos’ tdt = | ————d¢

! 3 3
I, =J\/1—x2 dx =J.\/1—sinzt.c0st.dt =J.|c0st|c0st.dt =
0 0 0

1( sin2tj2
=—|1+
2 2

0

O o [N
SR ISR
o

T 7 1
“Zvays=2-—.
42Ty,

[Kim Lién - Ha Ngi - 2018] Cho (H ) 13 hinh phing duoc t6 dam trong hinh v& va duogc gi6i han

5 {—x khix <1

10 .
boi cac duong c6 phuong trinh y=—x—x", y = . Dién tich cua (H ) bang?
& €O PRHOng TR V=3 Px-2khixsl© (H) bang

Al
6

Loi giai
Hoanh d6 giao diém cua hai d6 thi ham s§ y=—x va y=x-2 la: -x=x-2<x=1.

Dién tich hinh phang can tinh 1a:
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Cau 15.

Cau 16.

1 3
Szj.(&x—xz+xjdx+.|.(mx—x2—x+2jdx.
0 3 1 3
(13 (7
@Szj(—x—)f dx+J.(—x X +2)
0 3 1 3
1 13 3
<::>S=J(—x—x2 dx+'|.(—x X +2j
0 3 1

! 3
+ z)c2 A
, \0 3

(THCS&THPT Nguyén Khuyén - Binh Duong - 2018) Cho duong tron cé dudng kinh bang 4 va 2
Elip 1an luvgt nhan 2 dudng kinh vudng géc nhau clia dudng tron lam truc Idn, truc bé ciia moi

3

13

1

Elip déu bang 1. Dién tich S phan hinh phdng & bén trong dudng tron va bén ngoai 2 Elip (phan
gach card trén hinh v&) gan vai két qua nao nhat trong 4 két qua dudi day?

A.S=438. B. S=3,09. C. S=37. D. S=3,4.
Loi giai
Chon hé truc toa d6 nhu hinh vé.
2 2 2 2
Hai Elip lan luot c6 phuong trinh: (E,) :%+yT =1va (E,): xT+yT =1
Toa d¢ giao diém ciia hai Elip trong goc phan tu thir nhat 1a nghiém phwong trinh:
x2

1-2-

P42 :xzﬁ
4 5 5

25
5 2

Dién tich hinh phang can tim: S =7.2° -7.2.1-4 I (2\/1—x2 — 4 fl—%}dx =3,71
0

(THPT Tran Quéc Tuan - 2018) Tinh dién tich S clGa mién hinh phdng gidi han bdi d6 thj cla
ham s8 f(x)=ax’+bx’ +c, cdc duong thing x=1, x =2 va truc hoanh (mién gach chéo) cho

trong hinh dudi day.
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TAI LIEU ON THI THPTQG 2021

A s=21 B.§=22 0.
8
Loi giai

Hinh phang gi6i han boi do thi cia ham sb f(x)= ax’ +bx’ +c, cac duong thang x=-1, x=2

va truc hoanh duoc chia thanh hai phﬁn:
"I Mién D, 14 hinh chit nhat c6 hai kich thuéc 1an lugt1a 1 va 3 = S, =3.

f(x)=ax’ +bx’ +¢

"] Mién D, gom: {y=1

x=—lx=2

D& thdy (C) di qua 3 diém 4(-1;1), B(0;3), C(2;1) nén d6 thi (C) c6 phuong trinh
f(x)z%x3 —%xz +3.

2
=S, =I(lx3—§x2+3—ljdx:2.
\2 2 8

L 51
Vay dién tich hinh phang can tim1a $=§, +§, =

C3u17. (Chuyén Thoai Ngoc Hau - 2018) Cho ham sé f lién tuc trén doan [—6; 5] , €6 d6 thi gbm 2 doan

5
thang va nlra dwong tron nhu hinh vé. Tinh gia tri = I[f(x)+2]dx.

-6

Y

6 /4 0 2 5

B. /=27+34. C. [=27+33.

A.I=2r+35.

D. I =27+32.
Loi giai
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S v
5 G
C K £
3
A | | | D | | 'E | le
_6l | | 1 —2 1 O I 2 1 5 L4

I= j[f(x)+2]dx= jg(x)dx Vai g(x)zf(x)+2 c6 d6 thi nhu hinh vé.

-6
C61=S+S8,+85,+S, trong do:

(AB+CD).AD_(1+3).4_8
2 o2

S, la dién tich hinh thang vuéng ABCD = S, =

S, la dién tich hinh chi* nhat CDEF =S, =3.4=12,

2
S, Ia dién tich hinh tron tam 7, ban kinh R =2 = &, 2%2272,

(EF+GH).EH_(5+3).3_12
==,

S, la dién tich hinh thang vuéng EFGH = S, =

Suyra [ =8+12+27+12=27+32.
Ciu 18. Hinh vudng OABC c6 canh bing 4 duoc chia thanh hai phan boi dudng cong (C ) c6 phuong

trinh y = %xz .Goi S,, S, lan luot 1a dién tich ctia phan khong bi gach va bi gach nhu hinh v& bén

) S
dudi. Ti s6 — bang
2
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Cau 19.

Cau 20.

TAI LIEU ON THI THPTQG 2021

A B.3. c. L D.2.
2 2
Loi giai
Ta c6 dién tich hinh vubng OABC 13 16 va bang S, +5,.

1612

(Viét Dirc Ha Noi 2019) Ki hiéu S(¢) 1a dién tich cta hinh phing gi6i han boi cac duong
y=2x+1, y=0,x=1, x=¢(¢>1). Tim ¢ & S(¢)=10.
A £=3. B.1=4. C.1=13. D. =14,
Loi giai
t t

Céch 1. Ta c6: S(t) = [[2x+1| dx = [(2x+1) dx.

1 1
Suy ra S(t):(x2 +x)‘i = +1-2.

, , t=3
Dodé S(1)=10= 1 +t-2=10= 1 +1-12=0< .
t=—4 (L)
Vay t=3.
Céch 2. Hinh phang d cho 1a hinh thang c6 day nhé bing y(1)=3, ddy lén bang y(#)=2¢+1 va
chiéu cao bang r—1.

. (3+2t+1)(2-1) s . R
Ta co 5 =102t +2t-24=0& 4.V1t>1nent:3

Do d6 chon déap an A.

, 3 .
(Ma 104 - 2019) Cho duong thang y = Ex va parabol y = x*+a (‘a la tham so0 thuc duong).

Goi S, ,S, 1an luot 14 dién tich hai hinh phang dugc gach chéo trong hinh v& bén. Khi S, = S, thi

a thudc khoang nao dudi day?

19 29 9 1
B.| —;— C.| = — D.| —;—
(2 16) (5 20) (20 2)

Loi giai
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Giai toan:

. 3
Phuong trinh hoanh d9 giao diém: x* +a = Ex < 2x7 =3x+2a=0

a>0

) a>0
bé phuong trinh c6 2 nghi¢m duong thi = 9 .
A>0 a<—
16
3+49—-16a
Goi hai nghiém do 1a 0 < x; < x, thi X, :f.
. t 3
bé S, =5, khi va chi khi j(xz +a—5x)dx:0
0
X, 3
Ta co: I(xz +a—§xjdx=0<:>x—2+ax2 —§x22 =0
0 2 3 4
349-16a |
- 2
4 3+9-16a 3 (3++9-16a
g 3 vae—y 4 )7

. . 29
Giai nhanh bang may tinh cho két qua x =0,421875 thudc khoang (g,%j .

Cau21. (Mi 102 - 2019) Cho duong thiang y = %x va parabol y = %xz +a, (a 1a tham s thyc duong).

Goi S, S, lan luot 1a dién tich cta hai hinh phfmg dugc gach chéo trong hinh v€ bén. Khi §, =5,

thi a thudc khoang nao dudi day?

S y="5+e

[¢] X

B. l,i . C. i,l . D. O;i .
4 32 16 32 16

Loi giai

A. l,l .
32°4

Chon C

Ta c¢6 phuong trinh hoanh d¢ giao diém %xz —%x +a=0 ©2x -3x+4a=0.

xl+x2 =

N | W

()

xx, =2a (**)

Theo dé bai phuong trinh ¢ hai nghiém 0 < x, <x, thoa man

$-5,=0 <:>J.lx2—§x+a lx2—§x+a —x2—§x+a dx=0
012 4 2 4 2 4

dx+]Z

dx=0 <:>)jZ
0
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Cau 22.

TAI LIEU ON THI THPTQG 2021

X, >
oy 3eia] -0 o lx§—§x22+ax2 _0 ma=-243% (*5%).
6 8 . 6 8 6 8
3 3 x5 3x 2x; 3x 9
Tu (*)= x, ==-x,, thay vao (**)=| =—x, |x,=—2+"2 & =2 -2-0 = x, =—
()= y W (*) (2 2) >3 4 3 4 > 8

(o+%) 27 ( 3.7
——>a=—_Vayae|—;—|.
128 16 32
(M3 103 - 2019) Cho duong thing y =3x va parabol 2x> +a (a 1a tham sé thyc duong). Goi S,

va S, 1an luot 1a dién tich cua hai hinh phing duoc gach chéo trong hinh vé& bén. Khi S, =S, thi

a thudc khoang nao dudi day?

y A
Sa
y=2z"+a\ |,
xX
f; -
y =3
A. (1;2) B. (i;lj. c. (i;ij. D. (o;i].
8 10 5710 5

Loi gidi

Chon C

Phuong trinh hoanh d6 giao diém 2x> +a = 3x <> 2x> —3x+a =0 c¢6 hai nghiém duong phan biét
A=9-8a>0
a<-—

= 8 0<ax<—.
a>0

IS
ﬁ>0
2

Ta dugc nghiém cta phuong trinh 1a x =

N

3+/9-8a
3-9-8a 3+/9-8a
4
Tacs S, =S, < [ (267 +a—-3x)dr=-
0

(Zx2 +a—3x)dx.

ﬂ:_,k
%
S

3—

N

3-49-8a 3+4/9-8a

R i (2x2+a—3x)dx+ I (2x2+a—3x)dx=0
0 3-v9-8a

'

=)

~

R 53 j3+\/9—8a

4
= _[ (2x2—3x+a)dx=0<:>(—x3——x2+ax 4 =0
0 0
3 2
2[3++9-8a 2(3++9-8a 3+49-8a
e e e T
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o [3+o=8a) 2(3+v9=8a) _2(3+\9=8a) | _,
4 30 4 30 4
34984
=0 o)
= 2
g(3+\/9—8aJ _£(3+\/9—8aj+a_0
3 4 30 4

3

2
®2(3+\/9—8aJ 2[3+\/9—8aj+a_0 casio 27

3 4 4 = Shifi Sobve >4 = 3_2

Cau23. (M3 102 2018) Cho hai ham s8 f(x)=ax’ +bx’ +cx—2 va g(x)=dx’ +ex+2 (a, b, ¢, d,

e € R). Biét rdng db thj clia ham s§ y = f(x) va y = g(x) cat nhau tai ba diém c6 hoanh d lan

lwot la —2; —1; 1 (tham khao hinh vé).

L
S
=Y

Hinh phang gidi han boi hai d6 thi da cho ¢6 dién tich bang

A2 B. >/ c. B D.2
12 6 2 2
Loi gii
Chon B
Phuong trinh hoanh d¢ giao diém ciia d6 thi f(x) va g(x) la
ax’ +bx* +ex-2=d* +3x+2 < a’ +(b—d)x2 +(c—e)x—4= 0. (*)

Do d6 thi ciia hai ham sb cat nhau tai ba diém suy ra phuong trinh (*) cd ba nghiém x =-2;
x=-1; x=1. Ta duoc

ax’ +(b—d)x’ +(c—e)x—4=k(x+2)(x+1)(x-1).

Khido 4=-2k=k=2.

1
Vy dién tich hinh phang cin tim 1 [[2(x+2)(x+1)(x—1)/dx = % :
-2

Cau24. (Ma 101 2018) Cho hai ham sd f(x)zax3+bx2+cx—% va  g(x)=dx’ +ex+1

(a,b,c,d,e € R) . Biét ré'mg dd thi ham s6 y = f(x) va y= g(x) cit nhau tai 3 diém c6 hoanh do

lan luot 1a —=3; —1; 1 (tham khéo hinh v&). Hinh phang gi6i han béi 2 d0 thi di cho c6 dién tich
bang
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YA

/
____.\
=Y

A. 5 B. % C.8 D. 4
Loi giai

Chon D

Cach 1:

N 3
Xét phuong trinh ax’ +bx” +c¢ —%zabc2 +ex+1U ax’+ (b- d)x*+ (c- e)x- 5" 0co3

—27a+9(b—d)—3(c—e)—%=0 b—dz%
nghiém lan lugt 1a =3; —1; 1 nén suy ra —a+(b—d)—(c—e)—%=0 & azé
a+(b—d)+(c—e)—§=0 c—ez_—1
2 2
Vay f(x)—g(x)z%x3+%x2—%x—%.

Hinh phing gidi han boi 2 d6 thi da cho c¢6 dién tich bang

= (7 ()= () ] (e ()7 ()

-1 1
o S= (lf +§x2 ——x——jdx—f(l)f +§x2 —lx—ijdx=2+2 =4.
2 2 2 2
Taco: f(x)-g(x)=a(x+3)(x+1)(x-1).

Suyra a(x+3)(x+1)(x—1)=ax’ +(b—d)x’ +(c—d)x—%

Xét hé sb tu do suy ra: —3a=—%:>a=%.
Do dé: f(x)—g(x)=%(x+3)(x+l)(x—l).
Dién tich bang;

5= 1170 =s(o)]av+ [ ()]

<:>S=%I()H3)(x+l)(x—l)dx—% (x+3)(x+1)(x~1)dx =4.

-3 -1
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Cau25. (M4 103 2018) Cho hai hams8 f(x)=ax’ +bx’* +cx—1 va g(x)=dx’ +ex+% (a,b,c,d,ecR).
Biét rang dd thi cla ham s8 y = f(x) va y=g(x) cat nhau tai ba diém c6 hoanh dé lan luot

-3;—1;2 (tham khao hinh v&).
YA

3 Jlg\/z?

Hinh phéng gi6i han boi hai d thi da cho c6 dién tich bang

253 g, 125 c. 253 p, 125
12 12 48 48
Loi giai
Chon C
Vi phuong trinh f(x)—g(x) =0 c6 3 nghiém -3;-1;2 nén f(x)—g(x) = a(x+3)(x—2)(x+l).
2
So sanh hé sb tu do ta duge —6a _3 =a =l. Do do S = I l(x+3»)(x+1)(x—2) dxzﬁ.
2 4 4 48

Cdu26. (M3 104 2018) Cho hai ham s6 f(x)zax3+bx2+cx+% va g(x)zdx2+ex—%,

(a,b,c,d,ecR). Biét rdng dd thj cia ham s6 y = f(x) va y=g(x) cdt nhau tai ba diém c6

hoanh d6 Ian lwgt 13 —2; 1; 3 (tham khao hinh v&). Hinh phang gidi han bdi hai d6 thj da cho ¢
dién tich bang

222 B 120 p. 22
48 24 24
Chon A

Ta c¢6 phuong trinh hoanh d¢ giao diém la:

ax3+bx2+cx+%=dx2+ex—%<:>ax3+(b—d)x2+(c—e)x+%=0.
Dit h(x)zax3+(b—d)x2+(c—e)x+%
Dua vao do thi ta c6 h(x)zax3+(b—d)x2+(c—e)x+% cobanghiémla x=-2; x=1;x=3.

Voi x=-2taco —8a+4(b—d)—2(c—e)=—%, (1)
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Cau 27.

Cau 28.

TAI LIEU ON THI THPTQG 2021

Véi x=1 tac()a+(b—d)+(c—e)=—%, (2).
Véi x=3 taco 27a+9(b—d)+3(c—e)=—%, (3).
—8a+4(b—d)—2(c—e)=—3 a=l
2 4
Tir (1,(2) va (3) tacd {a+(b-d)+(c-e)==3 @ {b-d=—.
27a+9(b—d)+3(c—e):—% c—e:—%

Hay ta co

S=j;|f(x)—g(x)|dx :j

-2

4 2 4 2 16 3 48

Cho parabol (Pl):yz—x2 +2x+3 cét truc hoanh tai hai diém A4,B va duong thing d:y=a
(0<a<4). Xét parabol (P,) di qua 4,B va cé dinh thudc dudng thang y=a. Goi S, la dién
tich hinh phang gi¢i han béi (F) va d .Goi S, la dién tich hinh phdng gi¢i han bdi (P,) va truc
hoanh. Biét S, =S, , tinh T =a’ —8a’ +48a.
A.T=99. B. T =64. C.T=32. D.T=72.

Loi giai
Dé viéc tinh toan tré nén don gian, ta tinh tién hai parabol sang trai mot don vi.
Khi d6, phuong trinh cac parabol méi 1a (P1) ty=—x +4,(Pz):y = —%xz +a.
Goi A, B la cac giao diém cua (Pl) va truc Ox = A(—2;O),B(2;0) = AB=4.

Goi A4, B la giao diém cua (P1) va duong thfmg d:M(—\/4—a;a),N(\/4—a;a).

4 4
Taco S, =2J.,/4—y.dy=—§((4—y)zj =§(4—a) 4—q
2 2
S, :2?‘!‘(——)62 +a).dx: 2(——+ax}0 :?

ik 4
Theo gia thiét S, =S, :5(4—41) 4—a =8?01<:>(4—a)3 =4a’ < a’-8a’ +48a =64

Vay T =64.
(Tinh Bic Ninh 2019) Cho ham s6 y = f(x) 1a ham s6 da thirc bac bon va ¢6 d6 thi nhur hinh vé.
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Cau 29.

y= f(z)

Hinh phang gi6i han bai do thi hai ham s6 y = f(x); y = f'(x) c6 dién tich bang
127 127 107 13
T B'W' C. - D. 5
Loi giai
Ham s6 dé cho co dang f(x) = ax* +bx’ +cx’ +dx+e= f'(x) =4ax’ +3bx* + 2cx+d .
Tir gia thiét d6 thi ham sé dé cho ta thay d6 thi ham s di qua cac diém (=2;0), (-1;1), (0;1),

(1;0) va c6 hai diém cuc tiéu 1a (1;0),(—2;0) nén ta c6 hé

e = 1
FONESS e S,
f=2) =0 a+b+c+d = -] 4
1) = 0o 16a-8b+dc-2d = -lelp = L.
f2) = “32a+12b—4c+d = 0 _23
[ = 4a+3b+2c+d = 0 ¢ =

d = -1

1 1 3 3 3
Dodd f(x)=—x'+=xX"-=x*—x+1= f'X)=x"+=x"—=x—1.
f(x) 2 2 2 S'(x) 2 >

Xét phuong trinh hoanh d6 giao diém f(x) = f'(x).

x = -2
1 = -1
<:>—x4—lx3—2x2+lx+2=0<:> g .
4 2 4 2 x =
x = 4

4
Dién tich hinh phang gi6i han bi d6 thi hai ham sd y = f(x);y = f'(x)1a S = j | £ (x) = f(x)|dx
-2

Vi biéu thirc £(x)— f'(x) = %;ﬂ - %f —%xz + %x +2 khong d6i d4u trén cac khoang

(=2;-1),(=1;1), (1;4) nén ta ¢6

s=|[11re0-reolds|[[' [reo-r o)

+

+ ‘f [£(x)-f'(x)] dx‘ - m%(dvdt).

(THPT An Lio Hai Phong 2019) Goi S 1a dién tich hinh phang gidi han bdi cac dudng
my=x", mx=y2(m>0). Tim gi tri cia m dé S=3.
A . m=1 B. m=2 C. m=3 D. m=4

Loi giai
Chon C
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Cau 30.

Cau 31.

TAI LIEU ON THI THPTQG 2021
2
my =Xx (1)

(2)

Toa do giao diém ciia hai d6 thi ham s 1a nghiém ciia hé phuong trinh: { ,
mx=y

2

2
Thé (1) vao (2) ta duoc: mx=[x—j o mix—xt =0<:>{
m

x=0
x=m>0

- Jo

2

\ X A
Vi y="->0 nén mx =y’ <225y =Jmx
m

dx—

x__

2@ % X !
= xX2——1 |=
3 3m .

N R 1 "
Yéu cau bai toan S=3<:>§m2 =3eom’ =9« ym=3

(THPT Cam Giang 2 -2019) Cho hinh thang cong (H) gi¢i han béi cac dudng y=e*, y=0,
x=0, x=In4. Dudng thing x=k (0<k <In4) chia (H) thanh hai phan c6 dién tich la S, va
S, nhu hinh v& bén. Tim k dé S, =28,.

¥ /

[ k In 4
4 8
A.k=§1n2. B. k=In—. C.k=In2. D. k=In3.
Loi giai

Dién tich hinh thang cong (H) gidi han boi cac duong y=e*, y=0, x=0, x=In4 la

In4
. X1n4
Sz_[edx:e .

0

=e™ —e” =4-1=3(dvdt).

28 23

. 1 3
Taco §=5,+8, :SI+5S1 =ESI. Suy ra § =T=T=2 (dvdt).

Vis§ la phﬁn dién tich dugc gidi han boi cac duong y=¢*, y=0, x=0, x=k nén

k k
2=S1=Iexdx=ex0—
0

Do do e =3« k=In3.

Hinh phéng (H) dugc gidi han boi dd thi cua hai ham sb da thirc bac boén y =7 (x) va y=g(x).

Biét rﬁng dd thi cau hai ham sb nay cat nhau tai dang ba diém phan biét c6 hoanh do lan luot 1a
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-3;—1; 2. Dién tich cua hinh phing (#) ( phan gach soc trén hinh v& bén ) gan nhat véi két qua
nao dudi day?

\
\\.,--;--': IR b /
O, ]
)
A. 3,11 B. 2,45 C. 3,21 D. 2,95
Loi giai

f(x)-g(x)=a(x+3)(x+1)(x-2) =(ax+3a)(x2 —x—2) =ax’ —ax’ —2ax+3ax’ —3ax—6a
=ax’ +2ax* —5ax—6a
9

/(0)—g(0)=—6a, quan sat hinh v& ta ¢6 f(O)—g(0)=—§+%=E

9 3o T -3 253
Nén —6a=— = a=— S=J;|f(x)—g(x)|dx=j 2o (3 (1) (x-2)| dx = =3.1625

-3
Ciu 32. (THPT Quynh Luu 3 Nghé An 2019) Cho parabol (P): y =x" va hai diém 4,B thudc (P) sao
cho 4B =2.Dién tich 16n nhat ciia hinh phang gi¢i han boi (P)va dudng thing 4B la

A B.2. c.z D. 2.
4 2 3 3
Loi gidi
Goi phuong trinh duong thing 4B 1a: y=ax+b (a,beR)
Phuong trinh giao diém cia 4B va (P)la: x* —ax—-b=0
A(x;ax,+b)
B(x,;ax, +b)

X +x,=a

Pé ¢6 2 diém A, B thi a® +4b > 0. khi do:

xx, =—b

Nén AB=2<:>,/(a2+l)|x2—xl|=2

. 2
Gia str x, > x, taco |x2—x1|:—é2

(a2 +1)
Mat khéc: |x2 —x1| = \/(x2 +X, )2 —4xx, =~ a’ +4b

Khi do Sz]gax+b—xzdx:%(xzz—xlz)+b(x2 —xl)—%(x;—xf)

X

=(x, —xl)[%(xz +xl)+b—§(x22 +x,X, +x12)}

a 1 a’> 2b| a*+4b (x —)c)3
:(xZ—xl)[E.a+b—§(a2+b)}=(x2—xl)[?+?}: p (xz—xl)z%ﬁ

|
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Cau 33.

Cau 34.

TAI LIEU ON THI THPTQG 2021

(théa man vi (P) c6 tinh déi ximg)

4 . la=0 x+x,=0
Suy ra: Smang khi =

X, —x,=2 x=x,=1
A(1;1 A(-1;1
= ( ) hodac ( )
B(-11) B(L;1)

(KTNL GV Thuin Thanh 2 Bic Ninh 2019) Cho Parabol (P): y=x>+1 va duong thang
d:y=mx+2 voi m la tham s6. Goi m, la gia tri cia m dé dién tich hinh phang giéi han boi
(P) va d lanho nhat. Héi m, nam trong khoang nio?

1

N

A. (—\E;—%). B. (0;1). C. (- D. (%;3).

Loi giai
Chon C
Phuong trinh hoanh d¢ cua (P) vad lax'—mx-1=0 (1)

Dé théy (1) luon c6 2 nghiém phan biét. Goi a, b (a < b) la cac nghiém cua (1) thi dién tich hinh

X mx?
—- -X
32

phang gi6i han boi (P) va d 1a

b b

I(xz—mx—l)dx

a

S=]1|x2—mx—l|dx=

a

B b -a _m(bz—az)

2 2
_ —(b—a)=|b—a|.‘b +ab+a _m(b+a)_1‘
3 2 3 2
_ (b+a)2—4ab (b+a)2—ab_m(b+a)_
' 2
2
Ma a+b=m, ab=-1 nén S:\/m2+4.[%+§J2§.

Do do6 minS=§ khi m=0.

(THPT Yén Phong S6 1 Béc Ninh 2019) Cho ham s6 f(x) xéac dinh va lién tuc trén doan
[-5;3]. Biét ring dién tich hinh phing S|, S,, S, gi¢i han boi do thi ham sé f(x) va dudng

parabol y = g(x)=ax’ +bx+c lanluot1a m,n,p.
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YA

Chon B

S, :_J.z[f(x)—g(x)]dx=ff(x)dx—fg(x)dx:>:|.2f(x)dx=S1 +:|.2g(x)dx.

S, =_]1[g(x)—f(x)]dxzjg(x)dx—if(x)dxz_]1f(x)dx= Ig(x)dx—Sz.

3

= [[/()-e(a)Jox= [ ()ax=[(x)ax = [ 1 (x)av =5, + [ ().

0
3 3
Do vay: J.f(x)dx =5 -5,+5,+ J.g(x)dx.
-5 -5

3
Tir d6 thi ta thay j g(x)dx 1a s6 duong. Ma 4 dap an chi c6 B 1a phu hop, nén ta chon B.
-5

3
Chu y: C6 thé tinh _[ g(x)dx nhu sau:
-5

Tir d6 thi ham s6 y = g(x) ta thiy né di qua cc diém (-5;2), (-2;0), (0;0) nén ta co:

25a—-5b+c=2 5 A , 50 A 208
4a-2b+c=0 =a=—,b=—, c=0. Do do: Ig(x)dx=j(—x2+—xjdx=—.
. 15" 15 J ASERIRET; 45

CcC=

Cau 35. Cho ham sb f (x) lién tyc trén R va c6 dd thi nhu hinh v& bén. Biét ring dién tich cac phan

(A4),(B) lan lugt bang 3 va 7. Tich phan |cosx.f (Ssinx—1)dx bing

St— |3
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A. _4 B. 2 C. 4 D. -2
5 5
Loi giai

Chon A
1 4

Theo gia thiét ta cé [ f(x)dv=3 va [ f(x)dx==7 suyra [ f(x)dx=-4.
-1 1

bat t=5sinx—1=dr=5cosxdx.

Khi do6

o t—o|a

cosx.f(Ssinx—l)dx=%jf(t)dtz

Cau36. Chohamsd y= f(x) c6dd thi nhu hinh v& va dién tich hai phin 4, B 1an luot bing 11 va 2.

Y y=f(z)
\BJL
0 N
Gid tri cia [ = [ £ (3x+1)dx bing
A. 3. B. % C.9. D. 13,
Loi giai

Chon A
0
+) Xét I=Jf(3x+1)dx,d€1t (3x+1)=t:>dt=3dx:>dx=%
|

x==1=¢t=-2

+) Dbi can
x=0=tr=1

1

zéjzf(t)dﬁ%ﬁ;f(t)dt +if(t)dt }%(SA -S5) =§(11—2) =3

Cau 37. (Chuyén Nguyén Trai Hai Dwong 2019) Hinh phang (H) duoc gi6i han béi do thi (C) cia

ham da thtic bac ba va parabol
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(P) c6 truc doi xumg vudng goc v6i truc hoanh. Phan té ddm cta hinh v& co6 dién tich bang

AL D. >
12 12
Cach 1:

Goi hamsé bacbala y=ax’ +bx* +cx+d = y'=3ax’ + 2bx +c.

Do thi (C) di qua cac diém (1;0),(2;-2) va dat cuc tri tai x=0;x =2 nén ta c6 hé sau :

O=a+b+c+d a=1
—2=8a+4b+2c+d b=-3
= .
OZC C:O
0=12a+4b+c d=2

Suy ra ham s bac bala y = x* —3x* +2.
Goi ham bac hai 1a y = mx” +nx+ p . Do thi (P) di qua cac diém (1;0), (2;-2), (-,—2) nénta
co hésau :
O=m+n+p m=-1
2=4m+2n+p<n=1
—2=m-n+p p=0
Suy ra ham sd bac hai 1a y =—x*+x.
Phuong trinh hoanh d6 giao diém cua (C ) va
x=-1
(P)lé:x3—3x2+2=—x2+x<:>x3—2x2—x+2=0<:) x=1
x=2
Vay dién tich phﬁn t6 dam la :
5 37

[ oy 8
!(x —2x —x+2)dx‘=§+—

j(x3—2x2—x+2)dx+ =—.
12 12

S = _Zﬂ(f —2x’ —x+2)‘dx .S =
-1

Cach 2:

ﬁ Eli ham béc ba va d6 thi ham bac hai cit truc tung tai cac diém c6 tung do lan luot 1a
y=2,y=0 néntaxét hai ham s6 1 y =ax’ +bx* +cx+2, y=mx’ +nx.

* Vi d6 thi hai ham sb cit nhau tai cac diém c6 hoanh dd 1an luot 1a x=—1;x=1;x =2 nén ta cd
phuong trinh hoanh d¢ giao diém:

ax’ +bx* +ex+2=mx’ +nxc>a(x+l)(x—l)(x—2) =0.Vo1 x=0 tadugc 2a=2—>a=1.
37

2
*Viy di¢n tich phan t6 dam la: § = [|(x+1)(x—1)(x—2)|dx = >
-1
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2

(Viét Pirc Ha N§i -2019) Parabol y = % chia hinh tron c6 tam la géc toa d0, ban kinh béng

3 Y
24/2 thanh hai phén c6 dién tich S, va §,,trong do S, <S§,. Tim ti s6 S—l

2

A 37r+2. B. 971—2_ C. 37r+2_ D. 3rx+2 _
127 3z +2 O -2 21 -2
Loi giai
ﬂy
2.
X‘
| -2 0 2 |

Dién tich hinh tron 12 S = 7R> =87
Phuong trinh duong tron tim O(0;0), ban kinh R = 242 1a x> +)* =38.
Hoanh d6 giao diém cua Parabol va duong tron 1a nghiém cta phuong trinh
4 x=2
P8 oxt +4r' -32=0 & (2 +8)(x -4)=0 X’ -4=0 o :
4 x=-2
Phuong trinh ntra phia trén truc Ox cua dudng tron 1a: y =+/8—x" .

Dién tich mién gidi han boi Parabol va ntra phia trén truc Ox cua dudng tron 1a:

f[ﬂ__jdx_jmdx— j ¥

2
Ta co J- xXldx =24
-2

2
1= j\/8—x2dx
-2
Pat x=22sint [te{—% ED:dx 242 cos tdt

+) x=2=t=-2
4

+) x=2:>t=£.
4

: : : :
I= I\/S—Ssinzt.Zﬁcostdt = _[ cos’tdt = I (1+cos2t)d. 4.[ (1+cos2¢t)dt
: T &
G
=4(t+5s1n2tj =27 +4.

r
4
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2 x2 4
Vay j[\/z;—ﬁ ——de =27 +—.
J 2 3

5 4 4
Dién tich phan con lai la 87 —(27[ +§j =6r %
4 4 S, 3742
Vay S, =27+—; S,=6r——=>—"= 4l
3 385, 9n-2
A . % P 2 S x*+2ax+3a> a’—ax
Cau 39. Tim so0 thuc a dé hinh phang gidi han bdi hai do thi ham yzl—6 va y=1 — €0
+a +a

dién tich 16n nhét.

]
A —. B. I. C.2. D. 3.
2 =

Loi gidi

Phuong trinh hoanh d6 giao diém cua hai d6 thi ham s6 la:

X=—d
x=-2a

x*+2ax+3a’>  a’—ax
1+4° 1+a°
[JLINéu a =0 thi dién tich hinh phang S =0.

< x* +3ax+ 24’ =0c>(x+a)(x+2a)=0c:{

—a —a

2 2 2 2 3
o aso i s- [[Erdes2e ][R eSede 1 @
kY 1+a S 1+a 6 1+a
—2a 2 2 -2a 2 2 3
FNéu 2 <0 thi SZI X +3ax-6|-2a dr = j X +3ax-6|-2a dx=—l. a _
’ 1+a ’ 1+a 6 1+a
3 3
Do do, véi a %0 thi S =+ of 1 _1

6 1+|af ~ 6 2al 127
Dau "=" xday ra khi va chi khi |a|3 =l a=4=1.
Vay dién tich hinh phang gii han béi hai ham d4 cho c6 dién tich 16n nhat khi a =1.
Cau40. Choham s y= f(x) c6 dao ham trén R, d6 thi ham s6 y = f(x) nhu hinh v&. Biét dién tich

hinh phang phan soc ké bang 3 . Tinh gia tri cGia biéu thirc:

T=jf'(erl)dx+j‘f'(x—1)dx+j£f(2x—8)dx

‘LJ_‘
2 __________
0 1 : N
2 V 3 x
1
AT=2. B.7=6 C.7T=0 D r=3.
2 2
Loi gidi
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0
Dién tich phan ké soc la: S = I|f(x)|dx =3.
2

Vi f(x)<0 Vxe[-2;0] :>3=j;|f(x)|dx=j;[—f(x)]dx<:>_Oj;f(x)dx=—3.

4
@ Tinh 1=jf(2x—8)dx.
3

Patr=2x-8 =dt=2dx; x=3=t=-2; x=4=1=0.

0

3
J.f(x)dx ==

-2

[ 1.1
Suyra: I=| f(t).=dt=—
{ 2 2

@ Vay T:jf’(x+1)dx+jf'(x—1)dx+jf(2x—8)dx

Cau 41.

=St + f =D+ = £ (3)- £ ()£ ()£ ()5 =2-(-1)-3=3.

(THPT Yén Khéanh - Ninh Binh - 2019) Cho ham s§ y=x"-6x"+m c6 db thj (C,). Gia s
(C,,) cat truc hoanh tai b&n diém phan biét sao cho hinh phdng gidi han bdi (C,, ) va truc hoanh

c6 phan phia trén truc hoanh va phan phia dudi truc hoanh cé dién tich bang nhau. Khi dé
m :%(vdi a, b la céc s6 nguyén, b>0, % |3 phan s6 t6i gidn). Gia tri cla biéu thirc S=a+b

la:

A.7. B. 6. C.5. D. 4.
Loi giai

Phuong trinh hoanh dé giao diém: x* —6x> +m =0 (1) .

Pat r=x"(120) (l) trd thanh 2 —6t+m=0 (2)

(Cm) cdt truc hoanh tai bén diém phan biét thi phwong trinh (1) c6 4 nghiém phan biét hay

2

A'z(—3) -m>0
phuong trinh (2) cé hai nghiém duwong phan biét < P=m>0 S0<m<9 (*)
S=6>0

Goi ¢, t, (0<t1<t2) la hai nghiém cla phuong trinh (2) Luc dé phuong trinh (1) c6 bdn
nghiém phan biét theo thir tw tang dan 1a: x, =1, ; x, =—J1,; x, =ft,; x, = /1, .

Do tinh doi xing cla do thi (C ) nén co f(x“ —6x” +m)dx
0
X4 5
= I(—x“ +6x° —m)dx :>%—2xj +mx, =0 < x; —10x] +5mx, =0.

X3
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Cau 42.

Cau 43.

AY Ve 7 by ~ 2 ~ AY xj:_6xi+m=0 (3)
Tlr d6 cé x, la nghiém cda hé phuong trinh: < i .
xt—10x2 +5m =0 (4)
Lay (3)-(4) = Xx; =m, thay x; =m vao (3) co: m —=5m=0=m=0vm=>5.

D&i chiéu diéu kién (*)tacé m=5=a=5va b=1.Vay S=6.

Hinh phéng (H) dugc giéi han boi do thi (C) ctiia ham sé da thirc bac ba va parabol (P) co truc d6i
xtng vudng goc véi truc hoanh. Phin té ddm nhu hinh v& c6 dién tich bang

A. ﬂ B. l D. i

- 12 12 12
Loi giai

Chon A

+) Goi (C):yzax3+bx2+cx+d(a¢0)

Do (C) cét tryc Oy tai diém c6 tung do bang 2 nén d =2

(C) diqua3diém A(-1;-2), B(1;0) va C(2;-2) nén ta dugc hé phuong trinh
—-a+b—-c=-4 a=1
a+b+c=-2 <&<b=-3.Dodo (C):y=x3—3x2+2
4a+2b+c=-2 c=0

+) Goi (P):yzmx2+nx+r(m¢0)

Do (P) di qua 3 diém a(—l;—Z), O(O;O) va C(2;—2) nén ta dugc
m—-n+r=-2 m=-1
r=0 <4r=0 .Dodo (P):y=—x2+x
dm+2n+r=-2 n=1

MTCT 37

A _(?3 .2 el
Vay S(H)—j_l‘x 2x"—x+2dx = B

(Chuyén Ha Long - 2018) Cho cac s6 p,q thdéa man cac diéu kién: p>1, g>1, l+l =1 va cac
P q

s6 duong a,b. Xét ham s8: y =x"" (x>0)c6 dé thjla (C). Goi (S,) la dién tich hinh phang gidi
han bdi (C), truc hoanh, duong thang x =a, Goi (S,) la dién tich hinh phang gidi han bai (C),
truc tung, duong thang y =b, Goi (S) la dién tich hinh phang gi¢i han bdi truc hoanh, truc tung
va hai duong thang x=a, y=>b. Khi so sdnh S, +5, va S ta nhan dugc bat dang thirc nao

trong cac bat dang thirc dudi day?
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u Y g
b
y'—']
o N
il I
P q p-1 q-1 p+l q+1 P q
A.a—+b—£ab B. “ +b >ab. c. +b <ab Q.a—+b—2ab
P q p-1 g-1 p+l g+l P 4q
Loi gidi
Taco: §<S§,+8S,.
b
a A P b ! ﬁﬂ | bl
Slzj'(xp‘)dxz[x—J =a—;SZ=I yr |dy = yl =[y—j =—
0 p)l, P 0 41 q9)l, 4
p-1 .
P q
Vie =2 - L 1 vy
p-1 p-1 1 1 P q
P q

CAu4d. (Ha Nii - 2018) Cho khéi tru c6 hai day 1a hai hinh tron (O;R) va (O':R), OO'=4R . Trén
duong tron (O; R) lay hai diém A, B sao cho AB = a~/3 . Mit phing (P) diqua 4, B cit doan

00’ va tao v6i day mot goc 60°, (P) cit khoi tru theo thiét dién 12 mot phan cua elip. Dién tich

thiét dién d6 bang
A. 4—”+£ R’. B. 2 V3 R*. C. 2—”+£ R*. D. 4 3 R
302 3 4 3 4 32

Loi gidi

Ciach 1: Goi I, H, K, E 1a cic diém nhu hinh vé.

* Ta co: THO =60°
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2 2
OH2=OB2—BH2=R2—3R R om =% or-oH.tan60° = R*/E,IH: of =R,
2 2 c0s 60°
AIOH ~ AEKH nén ta co: E:0—K:2:>IE:2R.
IH OH

* Chon h¢ tryc toa d6 Ixy nhu hinh v& ta ¢6 elip (E) co ban truc 16n1a a = JE =2R va (E) di

R\/g 2 yz
ua A| —R;—— | nén (E) c6 phuong trinh la +—=1.
q ( 2] (E) co phuong (E):mrt

dx 2RH dx
——;— | taduoc
2 2

2R
* Dién tich ctia thiét dién 1a S =2 j R

* Xét tich phan: [ = I 1/

2 : 2 4
I=£J'(1+cos21)dt:£ FLLLE 2—”+£ R=S= —”+£ R,
24 2 2 ). |3 8 3 4

6
o 2 2 p2? -
Ciich 2: cos 403 =24 *O0B —4B" _ 1 _ 0B -1200= om =X,
2.04.0B 2 2

Chon hé truc toa d0 Oxy nhu hinh v&

=

<Y

= Phuong trinh duong tron day 1a x° +)* =R* & y =+ R’ —x".
Hinh chiéu cta phan elip xuéng day 1a mién soc xanh nhu hinh v&.

Tacod S = ZI\/RZ 2 dx. Pit x= R.sint = S = [23” ﬁjR%

4

2

Goi dién tich phan elip can tinh 1a S".

Theo cong thirc hinh chiéu, ta c6 S’ = S _os- 4—”+£ R
cos 60° 3 2

Cau 45. (Chuyén Hung Vuong - Gia Lai - 2018) Cho parabol (P): y =x’va mot duong thing d thay
doi cit (P) tai hai diém 4, B sao cho 4B =2018. Goi S la dién tich hinh phang gi¢i han béi
(P) va dudng thang d . Tim gid tri 16n nhét S, cua S.

3 3 3 3
A S 2012 +1 B. S 2018 C. S :2018 1‘ D. S 2018 .

max ~ 3 . max - max ~ 3

Loi giai
Gia st A(a;a’); B(b;b*)(b> a) sao cho AB=2018.
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Cau 46.

i TAI LIEU ON THI THPTQG 2021
Phuong trinh duong thang d la: y=(a+b)x—ab.Khi do

S=Jj‘(a+b)x—ab—x2‘dx=ji((aer)x—ab—xz)dx:%(b—a)S.

Vi 4B=2018 & (b-a) +(b’—a’) =2018° < (b-a)’ (1+(b+a)’) =2018".

2018 g 2018

max

= (b—a) <2018’ = |p—a|=b-a<2018= S < khi a=-1009 va
b=1009.

(Chuyén KHTN - 2018) Cho ham s6 y =ax" +bx* +¢ c6 d6 thi (C), biét rang (C) di qua diém
A(-1;0), tiép tuyén d tai A cta (C) cat (C) tai hai diém c6 hoanh d6 lan lugt la 0 va 2 va
dién tich hinh phang gidi han b&i d, d6 thi (C) va hai dudng thing x=0; x=2 c6 dién tich

. 2 .
bang ?8 (phan t6 mau trong hinh vé).

/

Dién tich hinh phang gi¢i han bdi (C) va hai duong thang x=—-1; x=0 c6 dién tich bang

Al B. L. = p. L.
5 4 9 =5
Loi giai

Tacod ) =4ax’ +2bx = d:y=(—4a-2b)(x+1).
Phuong trinh hoanh d6 giao diém ctia d va (C) la: (—4a—2b)(x+1)=ax" +bx* +¢(1).
Phuong trinh (1) phaicho 2 nghiémla x=0, x=2.
{—4a—2b=c
—12a—-6b=16a+4b+c

—4a—-2b-c=0(2)
28a+10b+c=0(3)
2
Mt khac, dién tich phan t& mau Ia % = [[(~4a=2b)(x+1)—ax* —bx* —c]dx
0

<:>§:4(—4a—2b)—£a—§b—2c <:>1£a +£b+2c = —§(4)'
5 5 3 5 3 5

Gidi hé 3 phuwong trinh (2), (3) va (4) tadwgc a=1, b=-3, c=2.
Khido, (C):y=x"-3x"+2, d:y=2(x+1).
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Cau 47.

Cau 48.

Dién tich can tim 1a S = j{x“ —3x’ +2—2(x+1)]dx = j(x“—?axz —2x)dx:%.
e -1

(THPT T& Ky - H3i Duong - 2018) Dit S 13 dién tich cta hinh phang gi¢i han béi d6 thi cia ham

s6 y=4-x", truc hoanh va dudng thing x=-2, x=m, (-2<m<2). Tim s8 gid tri cia tham

A. 2. B. 3. C. 4.

o

Lo gidi

Tach S=:[i|4—x2|dx=?.

Phuongtrinh 4—x* =0 x=42.

Baira —2<m <2 néntrén (-2;m) thi 4—x* =0 v nghiém.

m m 3 m
H4—x2‘dx=§© j(4—x2)dx =§<:> 4x-1 B
J 3 3 3|, 3
3 3
a.whﬂ-{4+%=§cwm—ﬁ+§=§
3 3 3 3 3 3
3
4m—é?+%§=%§ éwf—4m+3=0 S 12me9-0
= = 1
m 16 25 |1 , 41 {m3—lbn—41=0 )
dmp——+— == —m —4m—-—=0
3 3 3 3 3

Xétham s f(m)=m’—12m, v&i me(-2;2) co
f’(m)=3m2—12:3(m2—4)<0, Vme(-2;2).
Do d6 f(m) nghich bién trén (-2;2)= f(m)< f(-2)=16=m’ —12m-41<0.

J21-3
2

thda man.

Khi d6 (1) < m’ =12m+9=0<> (m=3)(m’ +3m-3)=0=>m=

J21-3

2

théa man bai todn.

Véay chicé m=

(THPT M6 Durc - Quang Ngii - 2018) Trong hé truc toa dé Oxy, cho parabol (P):y=x’ va hai
duong thang y=a, y=b (0<a<b) (hinh v&). Goi S, la dién tich hinh phang gi¢i han boi
parabol (P) va dudng thang y=a (phan td den); (5,) la dién tich hinh phdng gidi han boi
parabol (P) va duong thidng y =b (phan gach chéo). Véi diéu kién nao sau day clia a va b thi
S, =5,?
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Cau 49.

TAI LIEU ON THI THPTQG 2021

y=2>

y=a

A.bzi/Za. B. b=32a. C. b=33a. D. b=36a.
Loi giai

Phuong trinh hoanh d¢ giao diém cua parabol (P):y =x* véi dudng thang y =5 1a

X=beox=+/b.

Phuong trinh hoanh d¢ giao diém cta parabol (P):y = x> véi dudng thang y=a la

x2=a<:>x=i\/g.

Dién tich hinh phang gi6i han béi parabol (P):y =x" va duong thang y =b la
Vb N

S:ZI(b—xz)dxzz -2 | =2 b\/Z—M zﬂ.
) 3 3 3

Dién tich hinh phang gi6i han boi parabol (P):y =x" va duong thing y = a (phan to mau den) la

S, =2f(a—x2)dx :2(%_%3}& =2(a\/5_“ J _d4ava

3
Dods 5-25, & 4005 400 (B} o(B) o VG- 43 - a.

0

a
3

0

2

(THPT Yén Khanh A - 2018) Cho hinh phang gidi han boi Elip x?+ y* =1, parabol y= gxz
\ \ A A A . ~ , cn ; a (& ,
va truc hoanh (phan t6 dam trong hinh v€) c6 dién tich 7T = 3 T+ 7 NE) (voi

a,ceZ; b,d eN*;%,S la cac phan s6 toi gian). Tinh S=a+b+c+d.
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A. §=32. B. $=10. C. S=15. D. §=21.

Loi giai
2 2
, X 2 X
Tacd: —+y =l=y=%1-—
47 TR,

2
Hoanh d9 giao diém (E”) y = (1 _% va parabol y = gxz 1a

2
1—%:£x2:3x4+x2—4:03x2:13x:1 (theo hinh v& thi x>0 )

2
1 2 2
Vay T:jﬁxzderL/l—x—dx
0 2’ 1 4
V3 Y| B
6

1
Ma j—xzdxz =
o 2

6

0

2 2 2
Ta co: 1=j,/1—%dx=%j\/4—x2dx. Dit x = 2cos? ta co:
1 1

32

2 0 3 3
J.\/4—x2dx: I\/4sinzz.(—2sinz)dt :4J.sin2 tdt = ZJ.(I—COSZt)dIZZ—ﬂ-—ﬁ
1 x 0 0

3

Do d6 T=%.7r+l_—21.x/§ nén S=15

Cau50. Chohamsd y=x’+ax’ +bx+c (a,b,c€eR) ¢6 dd thi (C) va y=mx’ +nx+p (m,n,peR) ¢cb
dd thi (P) nhu hinh v&. Tinh dién tich hinh phang gi6i han boi (C) va (P) c6 gia tri nam trong

khoang nao sau day?

A. (0;1). D. (3;4).

Loi gidi

Can cur d6 thi ta thay
+ Ham sb y= x* +ax® +bx+cdat cuc trj tai x ==+1 nén ta cd

y'(1)=0 2a+b+3=0 a=0
= = .
y'(-1)=0 |(2a+b+3=0 [b=-3
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+Ham sé y=mx* +nx+ p dat cyc dai tai x=—1 va (P) cét (C) tai hai diém c6 hoanh d6 x = £1
nén ta co
—2m+n=0 n=-2
l+a+b+c=m+n+p < im=-1
—l+a-b+c=m-n+p p—c=1

Suyra §= j(mxz +nx+p-x —ax’ —bx—x)dxz j(—x3—x2 +x+l)dx=%e(l;2)

-1 -1
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Dang 2. Ung dung tich phin dé tim thé tich
® Thé tich vit thé

Goi B la phan vit thé gidi han boi hai mdt phang vudng goc véi truc Ox tai cac diém a va b, S(x) la
dién tich thiét dién cia vit thé bi cdt béi mat phcfng vuong goc voi truc Ox tqi diém x,
(a <x<b). Gia sir S(x) la ham s6 lién tuc trén doan [a;b]. Khi dé, thé tich cua vit thé B duwoc

b
xdc dinh: |V = j S(x)dx].

@ T hef tich kh(?'i tron xoay )
a) Thé tich khoi tron xoay dwoc sinh ra khi quay hinh phang giéi han boi cac duong y = f(x), truc hoanh

va hai dwong thang x =a, x=b quanh truc Ox:

(©):y=f)
:' (Ox):y=0 f 2
RIRG 7 s V=[£G e

‘ x=b
\ 1
vy
N

b) Thé tich khoi tron xoay dwoc sinh ra khi quay hinh phang gidi han béi cdc dwong x = g(y), truc hoanh
va hai dwong thang y =c, y=d quanh truc Oy :

YA
‘D
(:’:_:—:-:d_—" (C):x=g(y)
\ d
(Oy):x=0 2
\ _
! y=c v, —W[[g(y)] dy
b= T _ y= d
[3) X

¢) Thé tich khoi tron xoay dwgc sinh ra khi quay hinh phang gi6i han boi cac dwong y = f(x), y=g(x)
(ciing nam mot phia so véi Ox) va hai dwong thang x=a, x=b quanh truc Ox:

b y A
V=xf|f} -8 @)|dx|
~
X
g(x) n
, of . b N
Caul. (Pée Minh Hoa 2017) Ki hi¢u (H) la hinh phang gidi han bdi do thi ham s6 y =2(x—1)e", truc

tung va truc hoanh. Tinh thé tich ' cua khdi tron xoay thu duoc khi quay hinh (H ) xung quanh

truc Ox

A.V=(e2—5)7r B.V=(4-2¢)x C.V=¢-5 D.V=4-2
Loi giai

Chon A
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Cau 2.

Cau 3.

TAI LIEU ON THI THPTQG 2021
Phuong trinh hoanh d6 giao diém 2(x - 1)ex =0 x=1

Thé tich cia khdi tron xoay thu duoc khi quay hinh (H ) xung quanh truc Ox la:
du=2 ( x— 1) dx

2x

V= ﬂ‘i.[2(x —l)ex}zdx = 4ﬂj(x - 1)2 e*dx . Dat {

0

u =(x—1)2 -

2
dv=e"dx V=

1 1

2x 2x

1 2x 1
:>V=47r(x—1)2e —47rJ.2(x—1)62 dx=47r(x—1)2e —47rj(x—1)e2’“dx
0 0 0 0
| u=x—-1=du=dx
Goi I, = [ (x—1)e*dx . bat 2x
o '([( ) ) dv=ezxdx:>v=e
erl 162x 1
:II=47r(x—1) —47rj dx=2n-re*| =2n-re’ +n=3r-rxe’
2, 0 2 0

2x1

Vay 7 =47z(x—1)ze7

-1, =—27r—(37r—7re2)=7r(e2 —5).

0

(THPT An Lio Hai Phong 2019) Goi 7 1a thé tich khéi tron xoay tao thanh do quay xung quanh

2 2

truc hoanh mot elip c6 phuong trinh % + i}—6 =1. V c6 gia tri gin nhat véi gia tri nao sau day?
A. 550 B. 400 C. 670 D. 335
Loi giai

Chon D
Quay elip dd cho xung quanh truc hoanh chinh 1a quay hinh phang:

x2
H= :4‘/1——, =0,x=-5,x=5¢.
{y 25 Y

Vay thé tich khéi tron xoay sinh ra boi H khi quay xung quanh truc hoanh l:

2 3 5
V:”IS 16_16x e 7 l6x—l6x :32072'
-5 25 75

-5
(THPT Cim Giang 2 2019) Cho hinh phiang (H)gi¢i han béi cac dudng y=x"—2x, truc

=335,1

hoanh va duong thang x=1. Tinh thé tich ¥ hinh tron xoay sinh ra boi (H ) khi quay
(H ) quanh tryc Ox.

Av=27 B. v =167 c.v=17% D.y =%

3 T15 8 8
Loi giai
Chon B

Theo dé€, ta c6 hinh vé sau:
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ox=l1 y=x"—2x

Nhan xét: Khi nhin vao hinh v&. Puodng thing x =1chia hinh phing giéi han boi duong
y=x"—2x v truc hoanh lam 2 phan. D& thiy lic nay hinh phing (H )khong thé x4c dinh vi
phan hinh gidi han boix=0dénx =1vax=1dénx=2 chua rd rang.

Néu xét phan tron xoay khi xoay hinh phing quanh truc Ox khix =0 dénx = 2 thi khong co dap
an trong bai, dong thoi dé cho thém dudng thang x =1 1a khong can thiét.

Do d6 dé bai toan c6 dap an va rd rang hon ta diéu chinh dé nhu sau:

Cho hinh phang (H ) gidi han boi dudng y = x* —2x, truc hoanh. Tinh thé tich V hinh tron xoay
sinh ra boi (H ) khi quay (H ) quanh truc Ox .

2
. =x"-2
Hinh phéng (H ) gidi han béi {y g *
y =
Ta c6 phuong trinh hoanh d6 giao diém cta y = x* —2x va y =0 (tryc hoanh) la:
5 x=0
x-2x=0¢<
x=2

Khi d6 thé tich V hinh tron xoay sinh ra béi (H ) khi quay (H ) quanh truc Ox la:

ﬂi(xz - 2 2 116;

Ciau4. (Chuyén L& Quy Dén Quing Tri 2019) Cho hinh phing (D) duoc gi¢i han boi hai duong

y=2 (x2 - 1) ; ¥y =1-x". Tinh thé tich khdi tron xoay tao thanh do (D) quay quanh tryc Ox .

a 27 B. 32, c. 37 p. &
=15 15 15 15
Loi giai
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TAI LIEU ON THI THPTQG 2021
Phuong trinh hoanh d6 giao diém cuia 2 @6 thi ham s6 y = 2(x2 - 1) vay=1-x"1a

2(¥ -1)=1-x" ©x==1.
Lay ddi ximg d6 thi ham s y=2(x2—1) qua truc Ox ta dugc do thi ham s6 y=2(1—x2).

Ta co 2(1 —xz) >1-x*,Vxe[-L1]. Suyra thé tich khéi tron xoay can tim 1a

V:ﬂj[Z(xz —1)]2 dx=614—5”.
!

(Chuyén Bic Giang -2019) Cho hinh phang giéi han boi cac duong y=tanx, y=0, x=0,

xX= % quay xung quanh truc Ox . Thé tich ctia khéi tron xoay tao thanh bang:

A5 B. n(l—EJ ¢t D. n(lmj
4 2 2

Chon B
dt = n(l —Ej
4

(Chuyén Lé Hong Phong Nam Pinh -2019) Cho hinh phing gidi han bdi cac duong

T

O [ 2

4 1
V= ch tan” xdx = 1| sin xd tanx ch
0 0

y= Jx -2 , y=0 va x=9 quay xung quanh truc Ox . Tinh thé tich khdi tron xoay tao thanh.
7 Sx 17 11z

A V==L B. V=22, C.v=-1. D.V="—1x".
6 6 11 6

Loi giai
Phuong trinh hoanh d6 giao diém ciia d6 thi ham s6 y = Jx =2 va truc hoanh:

Jr-2=0=Jx=2 <= x=4.

Thé tich ciia khdi tron xoay tao thanh 1a:
h : h x> 8xx ’
V=7fj(\/;—2) dxziz‘[(x—4\/;+4)dx:7r[?— 3 +4x]

_z[g—n 36] (E—ﬁ 16) Mz
2 2

3 6
(Chuyén Lé Quy D6n Dién Bién 2019) Tinh thé tich cua vat thé tron xoay dugc tao thanh khi
quay hinh (H) quanh Ox véi (H) duogc giéi han boi dd thi ham s& y = v/4x— x> va truc
hoanh.

NELS g, 325 LY p. 357
3 -3 3 3
Loi giai

Piéu kién xac dinh: 4x—x*>0< 0<x<4.

Phuong trinh hoanh d6 giao diém cta d6 thi ham s y =+4x — x> va truc hoanh

x=0
Vadx=x*=0 < 4x—-x*=0 <:>[

x=4
Thé tich ciia vat thé tron xoay khi quay hinh (/) quanh Ox 1a:
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4 2 4
V= 7[](\/4x—x2) dx = ﬂj(4x—x2)d.x _32.
0 0 3
A 2 o P S . X . 32
Vay thé tich cua vat thé tron xoay khi quay hinh (/) quanh Ox la EXd

Cau8. (Chuyén Nguyén T4t Thanh Yén Bai 2019) Cho hinh phing (H) giéi han boi @ thi
y=2x-x" va tryc hoanh. Tinh thé tich ¥ vét thé tron xoay sinh ra khi cho (H) quay quanh

Ox .
A.V=i7f. E.V=1—67r. C,V:E_ D.Vzi.
3 15 15 3
Loi gidi
: x =2
Phuong trinh hoanh d6 giao diém ciia (H ) véi tryc hoanh: 2x —x’ = Oc{ ! 0
X, =

Vay thé tich khoi tron xoay sinh ra do (H ) quay quanh Ox la:

2
V=ﬂj(2X—x2)2-dx = ﬁi(4x2 —4x° +x4).dx = ﬂ.(%f ¥+ =

0

Cau9. Tinh thé tich vat tron xoay tao bdi mién hinh phdng gi6i han bdi d6 thj ham s6 y=x+3,

y=—J/x+3, x=1 xoay quanh truc Ox .

3

2

y=x+3
]
4 = 2 1 0 1
\ ‘H""x._,\_\ 1
-2 1
41 4 41 4
A, —. B. 737[. C.—r. D. —O7z
Loi giai
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Cau 10.

Cau 11.

TAI LIEU ON THI THPTQG 2021

Vx+3=0

Xét phuong trinh x+3 =—/x+3 @{ S x=-3.

Vx+3=-1

Xét hinh (H) gi6i boi dd thi cac ham s6 y=+vx+3 (-3<x<-2), y=x+3(-2<x<1), y=0

va x=1.
Thé tich vat thé tron xoay can tim chinh bang thé tich cta vat thé tron xoay thu dugc khi quay
quanh hinh (H ) quanh truc Ox . Do do

V= ﬂj_j[\/x+32}dx+7z.|.lz(x+3)2 dx=4377[.

(THPT Quang Trung Péng Pa Ha Ngi 2019) Ky hiéu (/) 1a hinh phang gi¢i han bsi do thi
ham sé y = f(x)= Jx.e” | tryc hoanh, duong thang x =1. Tinh thé tich ¥ cta khdi tron xoay thu
duogc khi quay (H) quanh truc hoanh.

1 1
A V=6 -1. B. V=7T<62—1). C.V==re—I. D. V=—7z(ez—1).
4 4
Loi giai
Hoanh do giao diém cua d6 thi ham s6 y = f(x) va truc hoanh 1a nghiém ctia phuong trinh

\/;.e"z =0<x=0.
Khi d6 thé tich cta khéi tron xoay duoc tao thanh la:

V= ﬂj(\/;.exz )zdx = ﬂjxezxzdx = ﬂ%jehzd(hz) = ﬁ%e“z 1) = %72'(62 -1).
0 0 0

(THPT Yén Khanh - Ninh Binh 2019) Cho vét thé (7)) gi6i han béi hai mat phang x=0;x=2.
Cit vat thé (T') boi mit phang vudng goc véi truc Ox tai x(0<x<2) ta thu dugc thiét dién la

mét hinh vudng c6 canh bang (x+1)e*. Thé tich vét thé (7)) bang
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Cau 12.

Cau 13.

7r(13e4—1) . 13¢* -1

. B. C. 2¢°. D. 27e’.
4 4

A.
Loi giai
Dién tich thiét dién la S(x)=(x+1)" ™.

2 2
Thé tich ctia vat thé (T) Ia ¥ =[S (x)dx = [ (x+1) e™dx

1 2 ‘1 1, 1%
V: 2 2x '[ x+1 2xdx:9e £X+ 2x '[ 2'cdx
0 20
4 4 2 4
_9¢ =1 3¢t -1 1o a1 1 131
2 2 4, 4 4 4

Cho hai mat cau (S,),(S,) c6 cung ban kinh R =3 thda man tinh cht tam cta (S;) thuéc

(Sz)vé nguoc lai. Tinh thé tich ¥ phan chung cla hai khdi cau tao boi (Sl),(Sz).

A.V=45—7T. B.V=45—7T. C. V—45 D. V—45
= 8 4 4 8
Loi gidi
' )
A
f o.
\ |
B

Phan chung cua hai khéi ciu tao b0'1 ) (Sz) 1a mot khéi tron xoay, twong dwong phan hinh

phang OAO' quay quanh truc OO’ hay bang hai lan phan mit phang tao béi AHO' quay quanh
truc OO0’ .

bat h¢ truc nhu hinh khi d6 phuong trinh duong tron (O) lax*+y?=9=y=49-x* , diém H

c6 hoanh do bﬁng % : 0" ¢6 hoanh dd 1a 3 nén thé tich :

(9 x)d %7[

2

o7 -

w
N\w'—.u

N\m'—.m

(Toan Hoc Tudi Tré - 2018) Hinh phang gidi han béi hai dd thi y =|x| va y =x" quay quanh tryc

tung tao nén mot vat thé tron xoay cé thé tich bang
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AL B.Z = iy
- 6 3 15 15
Loi giai
\a\ 31y ;’f
\\. /’
2 r
L\l\‘ /.f
1
X
-2 -1 0 1 2
-1
x=0 =y=0

Phuong trinh hoanh d¢ giao diém |x| =X & .
x=tl=y=1

Ta c6 d6 thi hai ham s y =|x| va y=x" déu déi xtmg qua Oy nén hinh phing gi6i han boi hai

do6 thi y= |x| va y=x* quay quanh truc tung tao nén mot vét thé tron xoay co thé tich bang thé

tich vat thé tron xoay khi quay hinh phing giéi han béi hai duong x=y va x = \/; quay xung
quanh truc Oy .

Thé tich vét thé tron xoay can tim la:

1 1
v=rlly=y|dy =7[(y=»")dv Zﬂ'(lyz—lij
0 0

1

z
27 3 6

0

(Chuyén Nguyén Thi Minh Khai - S6c Tring - 2018) Cho hinh (H) gidi han béi d6 thi ham s6
y=§x3, cung tron cé phuong trinh y=+/4—x> (véi 0<x<2)va truc hoanh (phan té6 dam

trong hinh vé).

o

O 2 T

Biét thé tich cha khéi tron xoay tao thanh khi quay (H) quanh truc hoanh I3

y=|-4»B+E 7z, trong dé a,b,c,deN va 3,5 la cdc phan sé téi gidn. Tinh
b d b d

P=a+b+c+d.

A. P=52. B. P=40. C. P=46. D. P=34.

Loi giai
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Cau 15.

Cau 16.

Phuong trinh hoanh d6 giao diém: gﬁ =V4-x* o x=3

e e e (=

0

3 1 2
= J.—x°dx+J.(4—x2)dx:|
0 27 g

7 2

V3 3
oA
7l 3

[_&g},_

27 5
7 3

=a=20,b=7,c=16,d =3
= P=a+b+c+d=46.

(HSG Tinh Bic Ninh 2019) Cho hinh phang (H) dugc gidi han boi dudng cong y =+/m?* —x’
(m 1a tham sb khac 0) va tryc hoanh. Khi (H) quay xung quanh tryc hoanh dugc khdi tron xoay
c6 thé tich V. C6 bao nhiéu gia tri nguyén ciia m dé ¥ <10007 .
A. 18. B. 20. C. 19. D. 21.

Loi giai
Phuong trinh hoanh d6 giao diém cua dudng cong va truc hoanh la: vVm® —x> =0< x=+m

2 Ar 1A o A 11s o 2 2 , L i dzm
The tich vat thé tron xoay can tinh la: V:ﬂj (m”—=x")dx=n(m x—gx )| =——

il

2
drm |m|

Ta c6: V <10007 < <10007 < |m| <750 < Y750 <m <3750 .

Taco /750 =9,08 va m #0. Vay co 18 gia tri nguyén cia m.
Cho ham sb y = f(x)=ax’ +bx’ +cx+d,(a,b,c,d e R,a#0) c6 do thi (C). Biét rang do thi
(C) tiép xtc v6i dudng thing y=4 tai diém c6 hoanh do am va d thi cta ham s6 y = f"(x)

cho boi hinh v& dudi day. Tinh thé tich vat thé tron xoay duoc tao thanh khi quay hinh phiang H
gidi han boi d6 thi (C ) va truc hoanh khi quay xung quanh truc Ox .

:‘I,V:f (x)
-1 °1 X
-3
1
A. Eﬂ'. B. —r. C. 6r. D. dap an khac.
35 35
Loi giai
Chon D
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Cau 18.

TAI LIEU ON THI THPTQG 2021
Dya vao do thi ham s6 y = f'(x) = f(x) :3(x2 —1).
Khi do f(x)zjf'(x)dx=x3 -3x+C.
Diéu kién d6 thi ham s6 f'(x) tiép xtc véi duong thing y =4 la:
=4 X =3x+C=4 =_
/() & , =7 1 suyra f(x)=x"-3x"+2(C).
f(x)=0 " |3(x-1)=0 C=2
+(C)NOx = hoanh d6 giao diémla x=-2;x=1.
729

1
+Khi d6 V =7TI(x3 32 +2) dv=—n
)

(THPT Gang Thép Thai Nguyén 2019) Goi V' 1a thé tich khdi tron xoay tao thanh khi quay
hinh phing gi¢i han boi cac duong y=+/x, y=0 vd x=4 quanh truc Ox. Puong thing
x=a(0<a<4) citdd thihamsd y = Jx tai M (hinh v&). Goi ¥, 1a thé tich khéi tron xoay tao
thanh khi quay tam gidac OMH quanh tryc Ox . Biét rang V = 2V,. Khi do

AY
M
y=Ax

K H *

0 a 4 g
5
A a=2. B.a=22. C.a=7. D. a=3
Loi giai

4 24
Ta co: V=7Z'dex=7l'x? =8r.MaV=2V=V, =4r.
0

0
Goi K 14 hinh chiéu cia M trén Ox = OK =a, KH =4—a, MK =~a .
Khi xoay tam gidc OMH quanh Ox ta dugc khdi tron xoay 13 sy lap ghép ctia hai khbi nén sinh

bdi cac tam giac OMK, MHK , hai khbi nén d6 c6 cing mit day va cé tong chiéu cao la

. . 1 2 4
OH = 4nén thé tich cta khoi tron xoay do 1a V; = 572'4(&) = %, trdosuyraa=3.

(Chuyén Nguyén Trdi Hai Dwong 2019) Cho hinh phiang (D) gi6i han béi cac dudng
y=x-7m, y=sinx va x=0.Goi V 1athé tich khdi tron xoay tao thanh do (D) quay quanh truc
hoanh va V = pr*, (p € @) . Gia tri ctia 24p bang
A. 8. B. 4. C. 24. D. 12.
Loi giai
Xét phuong trinh hoanh d6 giao diém cta d6 thi ham s y=x—7 va y=sinx:
X—rm=sinx & x—r—-sinx=0 (1) . Tathdy x =7 1a mot nghiém cua phwong trinh (1) .

Xéthamsd f(x)=x-rz-sinx= f’(x)=1-cosx>0,VxeR.

= f (x) dong bién trén R nén x =7 1a nghiém duy nhit ctia phuong trinh f (x) 0.
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Cau 19.

Cich 1:
Xétham sé g(x)=z—x-sinx, xe(0;7).
g'(x)=-1-cosx <0, Vx&(0;7), suy ra ham sé g(x)=7—x—sinx nghich bién trén (0;7).
Vxe(0;7):g(x)>g(n)=>r—x—sinx>z—r—sinr=0=7z—x>sinx (2).
Do d6 thé tich khdi tron xoay tao thanh khi quay (D) quanh tryc hoanh 1a thé tich ctia khéi non
khi quay tam giac vuéng OAB quanh tryc hoanh.
V= l.ﬂ.OBZ.OA = lﬂ.ﬂz.ﬂ = 17Z4 =>p= l Vay 24p = 24.l =8.
3 3 3 3 3

Cach 2: Tu (2) taco V= ﬁj(x—ﬁ)zdx = ﬁj(x—ﬂ')zd(x—ﬂ')
0 0

4

I GOl I AR |
T3 3 TPy
0
R 1
Vay 24p=24.2=8.
e
4 x> +3y* <16
2
Trong mdt phang toa d6 Oxy, (H,): yz—% (H,): x2+(y—2)224. Cho
x=—4,x=4 x2+(y+2)224

(H,),(H,)xoay quanh tryc Oy ta duoc cac vét thé c6 thé tich lan luot ¥,,V, . Pang thiic ndo sau
day dung.
AV, =V,. B.VlzéVz. C.V,=2V,. D.V,=2V,.

Loi giai
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Cau 20.

Cau 21.

TAI LIEU ON THI THPTQG 2021
4
Taco V, = 8.(7[.42)—2[7r'|.(\/@)2 dyj =967
0

4z 4 4An2’
3 3

=64r

V,=
3
Suy ra VIZEVZ

(THPT Chu Van An -Thai Nguyén - 2018) Cho hinh thang ABCD cé AB song song CD va
AB = AD = BC =a, CD =2a . Tinh thé tich kh&i tron xoay khi quay hinh thang ABCD quanh

truc 13 dudng thang 4B.

3-22
wa .

A. 2 rd’. B. 2 za’ C.
2 3

Loi giai

Dé thiy ABCE 14 hinh binh hanh nén AE = BC =a.Vay ADE la tam giac déu.

a3
2

Co AH =

Xét hé tryc toa 0 Oxy nhu hinh vé&. C6 phuong trinh CD: y = —i; x,=0,x.=2a; A(z Oj

[

Phuong trinh AD:y = V-2 a

3za’ 2 3a’
Vay V = zj[ ] ~2 j( J L2 —27z£[3x —3ax+TJ
3 % 3 3
37a -2 3—3—ax2+3i :37m —27Z'.a—=§7l'a3.
2 2 4 . 2 8 4
Céach 2: Thé tich khdi tron xoay dugc tao ra theo d& bai 1a thé tich khoi tru c6 chiéu cao 2a ban

a3

kinh day bang @ trir di thé tich hai kh6i nén cung cé chiéu cao % ban kinh day T Vay

VZE.(a\/gj 2a-2.1 7 (a\/_j a3y
2 4

3 2 2

(Chuyén L& Hong Phong - Tphem - 2018) Cho db thi (C):y = f(x)=+x. Goi (H) 14 hinh
phing gi¢i han béi do thi (C), dudng thing x =9 va truc Ox. Cho diém M thudc do thi (C) va
diem A(9;0). Goi V] la thé tich khoi tron xoay khi cho (H) quay quanh truc Ox, ¥, 1a thé tich
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khoi tron xoay khi cho tam gidc 4AOM quay quanh truc Ox . Biét rang V, =2V, . Tinh di¢n tich S

phan hinh phang gi6i han boi do thi (C) va dudng thing OM .

M
= flx)

B
I
i
i
5: : H ‘ 9‘ 1:0

273 3

A §=3. B. S=——. C.S=——. D. S=

Qu

W

Lo gidi

Taco Vlznj‘(x/;)zdnglTﬂ.

0

Goi H 1a hinh chiéu cia M lén truc Ox, dit OH=m (véi 0<m<9), ta c6 M(m;\/%),

MH =Jm va AH=9-m.

1 1
Suy ra V, =%n.MH2.OH+§n.MH2_AH =§7t.MH2.0A =3mr.
S 2
Theo glé thlét, ta co Vl =2V2 nén %:6}1@1‘[ = I’I’l:—247 . Do d6 M[ :’3\2/§J

23

Tir d6 ta c6 phuong trinh duong thaing OM 1a y = Tx .

Dién tich S phén hinh phang gi6i han béi d6 thi (C) va dudng thang OM la

27

sj[fzf] {3ui-e) - BE
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Chuyén dé 27 (NG DUNG TICH PHAN

Cau 1.

TAI LIEU DANH CHO POI TUQNG HOC SINH GIOI MUC 9-10 PIEM
dung tich phin deé giii bai toan chuyén dong

(M4 103 2018) Mot chat diém A xuat phat tir O, chuyén dong thing véi vén te bién thién theo
thoi gian boi quy luat v(r) = ﬁtz +%t (m/s), trong do ¢ (gidy) 1a khoang thoi gian tinh tir luc
A bit dau chuyén dong. Tir trang thai nghi, mot chat diém B ciing xuit phat tir O, chuyén dong
thang cung huéng véi 4 nhung cham hon 10 gidy so véi 4 va c6 gia toc bang a (m/sz) (ala
hang s6). Sau khi B xuit phat dugc 15 gidy thi dudikip 4. Van toc cia B tai thoi diém dudi kip
A bang
A. 15(m/s) B. 9(m/s) C. 42(m/s) D. 25(m/s)

Loi giai
Chon D
Taco v, (t)=[adt=at+C, v,(0)=0=C=0 =v,(t)=at.
Quﬁng duodng chét diém 4 di duoc trong 25 gidy la

1 1 »
—I [ﬁt +—tjdt _(%z +63t ] O =?.

Quéng duong chat diém B di duoc trong 15 gidy la

15 2 |15
s, J.at gt = at” 225a '
0 0 2
375 225a 5
Ta co S a=—
2 2 3

Vin tée ciia B tai thoi diém dudi kip 4 1a vB(15)=§.15 =25 (mjs).

(Mai 104 2018) Mot chat diém A xuat phat tir O, chuyén dong thang v6i van toc bién thién theo
thoi gian boi quy luat v(¢)= ﬁtz +i—§t(m /), trong d6 ¢ (gidy) la khoang thoi gian tinh tir luc

A bit dau chuyén dong. Tir trang thai nghi, mot chat diém B ciing xut phat tir O, chuyén dong
thang cing huéng véi 4 nhung cham hon 3 gidy so v6i A va co gia tdc bang a(m/ S2) (a la
hang s6). Sau khi B xuét phat dugc 15 gidy thi dudi kip 4. Van tdc cia B tai thoi diém duodi kip
A bang
A. 21(m/s) B. 25(m/s) C. 36(m/s) D. 30(m/s)

Loi gidi
Chon D
Thoi diém chat diém B dudi kip chat diém A thi chat diém B di dugc 15 gidy, chat diém A4 di
duogc 18 giay.
Biéu thire van toc clia chat diém B c6 dang v, (1) = Iadt =at+C ma v, (0)=0 nén v, (t)=ar.
Do tir lac chat diém A4 bit dau chuyén dong cho dén khi chit diém B dudi kip thi quing duong
hai chat diém di dugc bang nhau. Do d6

j”‘ L 2,58 dt—j atdt & 225=a.22 o a=2
o 120° "5 0 2

Facebook Nguyén Vwong @ https://www.facebook.com/phong.baovuong Trang 1




NGUYEN BAO VUONG - 0946798489

Cau 3.

Cau 4.

Vay, van tbc cta chit diém B tai thoi diém dudi kip 4 bang v, (t)=2.15=30(m/s).

(Dé Minh Hoa 2017) Mot 6 t6 dang chay voi van tdc 10m/s thi nguoi lai dap phanh; tir thoi diém
d6, 6 to chuyén dong cham dan déu véi van toe v(¢)=-5¢+10 (m/s), trong d6 ¢ la khoang thoi
gian tinh bang gidy, ké tir lic bit dau dap phanh. Hoi tir lic dap phanh dén khi dimng han, 6 t6 con
di chuyén bao nhiéu mét?

A.0,2m B.2m C. 10m D. 20m
Loi giai
Chon C
Xét phuong trinh —5¢+10=0 < ¢ =2. Do véy, ké tir lic nguoi 1ai dap phanh thi sau 2s 6 t6 ding
han.
Quiéng dudng 6 t6 di dugc ké tir lic nguoi 14i dap phanh dén khi 6 t6 dimg han 1a

2 5 R 2
s :j(—5t+10)dt | =22 410
) 2 0

(M3 102 2018) Mot chat diém A4 xudt phét tir O, chuyén dong thang voi van toc bién thién theo

=10m.

thoi gian boi quy luat v(7) = étz +§—zt(m /), trong d6 ¢(gidy) la khoang thoi gian tinh tir luc
a bat dau chuyén dong. Tir trang thai nghi, mot chat diém B ciing xuat phat tir O, chuyén dong
thang cling huéng v6i 4 nhung cham hon 3 gidy so v&i 4 va co gia toc bang a(m/sz)(a la

hing s6). Sau khi B xuét phat duoc 12 gidy thi dudi kip 4. Véan téc cia B tai thoi diém dudi kip
A bang

A. 15(m/s) B. 20(m/s) C. 16(m/s) D. 13(m/s)
Loi giai
Chon C
15
Quéng duong chat diém 4 di tir ddu dén khi B dudikipla S = j (%ﬂ +%tjdt =96(m).
0

Vén toc ciia chit diém B 1 v, (t) = [adt =at+C .
Tai thoi diém =3 vat B bit dau tir trang thai nghi nén v, (3)=0< C =-3a.

Lai c¢6 quiang duong chat diém B di dwoc dén khi gip A la

15 5 15
S, = J(at—3a)dt=(%—3atj =72a(m).
3

3
Viy 72a=96<:>a=i(m/s2).
3
Tai thoi diém dudi kip 4 thi van toc ctia B 1a v, (15)=16(m/s).
(Mai 101 2018) Mot chat diém A4 xuat phat tir O, chuyén dong thiang vdi van toc bién thién theo

thoi gian boi quy ludt v(¢) =$t2 +%t(m/ s) , trong do ¢ (gidy) la khoang thoi gian tinh tur luc

A bit dau chuyén dong. T trang thai nghi, mot chat diém B ciing xuat phat tir O, chuyén dong
thang cung huéng v6i 4 nhung chdm hon 5 gidy so v6i 4 va c6 gia toc bang a(m/sz) (ala
hing s6). Sau khi B xuét phat dugc 10 gidy thi dudi kip 4. Van toc ciia B tai thoi diém dudi kip
A bang

A. 15(m/s) B. lO(m/s) C. 7(m/s) D. 22(m/s)
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Cau 6.

TAI LIEU ON THI THPTQG 2021
Loi giai
Chon A
Thoi gian tinh tir khi 4 xuét phat dén khi bi B dudi kip 1a 15 gidy, suy ra quing duong di duoc

15 15 1 11 1 11 15
t6i lac do 1a Iv(t)dt:j(—t2+—tjdt=(_t3+_t2j
g 1180 18 540" 36

Vén toc cia chat diem B 1a y(¢)= I ads =at+C (C l1a hang sd); do B xuit phat tir trang thai
nghi nén co y(0)=0 < C=0;
Quing duong ctiia B tir khi xuat phat dén khi dudi kip 4 1a

10

10 10 2

. 3
Iy(t)dt=75©ja.tdt=75<:>a2t =75 & 50a=T5 @ a=>
0 0

0

3t . , , .
Viy co y(t) :E; suy ra van toc cia B tai thoi dieém duoi kip 4 bang y(lO) = lS(m/s).

(M3 105 2017) Mot vat chuyén dong theo quy ludt s= —%t?‘ +6t> voi t (gidy) 1a khoang thoi

gian tinh tir khi vat d6 bat dau chuyén dong va s(m) 1a quing dudng vt di chuyén duogc trong
khoang thoi gian d6. Hoi trong khoang thoi gian 6 gidy, ké tir khi bit dau chuyén dong, van toc
16n nhét cua vat dat dugc béng bao nhiéu?
A. 18(m/s) B. 108(m/s) C. 64(m/s) D. 24(m/s)

Loi giai
Chon B

Van tdc ctia vat chuyén dong 1a v=s"= —%tz +12¢t = f(t)

Tim gia tri lon nhét ctia ham s f(t) trén doan [0;6]

Taco f'(t)=-3t+12= f'(t)=0<t=4¢[0;6]

£(0)=0; f(4)=24; f(6)=18

Viy van tc 16n nhét 1a 24(m/s).

(PHQG Ha Ngi - 2020) Chét diém chuyén dong theo quy luat véan toc v(¢)(m/s) c6 dang duong
Parapol khi 0<¢<5(s) va v(¢) c6 dang duong thing khi 5<¢<10(s).Cho dinh Parapol la

1(2,3). Hoi quang dudng di dugc chét diém trong thoi gian 0<#<10(s) 1a bao nhiéu mét?

/N

A.@. B. 90. C. 92. Q.E.
2 6
Loi giai
Chgon D
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Cau 8.

Cau 9.

Goi Parapol (P):y=ax’+bx+c khi 0<7<5(s)

Do (P):y=ax’+bx+c diqua I(3;2);4(0;11) nén

4a+2b+c=3 a=2

c=11 =b=-8.

4a+b=0 c=11

Khi d6 quing dudng vat di chuyén trong khoang thoi gian tr 0<r<5(s) Ia

115

S= (2x2—8x+11)dx=7(m)

o —n

Taco f(5)=21
Goi d:y=ax+b khi 5<¢<10(s) do d di qua diém B(5;21) va C(10;0) nén:
21

{5a+b:11 a=
5.

10a+b=0_
a+tb= b=42

Khi d6 quing duong vat di chuyén trong khoang thoi gian tr 5<r<10(s) 1la
10

S=f(—§x+52jdx=ﬁ(m)
s 2

115 105 545

Quang duong di dugc chat diém trong thoi gian 0<¢<10(s) 1a § S "

(Chuyén Lwong Thé Vinh Pong Nai 2019) Mot 6 t6 dang chay véi tée do 20(m/ s) thi nguoi
lai dap phanh, tir thoi diém d6 6 t6 chuyén dong cham dan déu véi van tde v(t) =-5t+ 20(m / S),
trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké tir luc bat dau dap phanh. Hoi tir luc dap phanh
dén khi ding han, 6 t6 con di chuyén bao nhiéu mét (m )?

A. 20 m. B. 30 m . C.10m. D. 40 m .
Loi giai
Khi 6 t6 ding han thi: v(1)=0< —5t+20=0<1=4(s).

4
Vay tir lic dap phanh dén khi dimg han, 6 t6 di chuyén dugc: s = I (=5t +20)dt =40(m).
0

(THPT Quynh Luu 3 Nghé An 2019) Mot 6 t6 dang chay véi van toc 1a 12 (m / S) thi nguoi lai
dap phanh; tir thoi diém d6 6 to chuyén dong cham dan déu véi van tdc v(t) =—06t+12 (m/ s) ,
trong d6 ¢ 1a khoang thoi gian tinh bang gidy ké tir lic dap phanh. Hoi tir luc dap phanh dén lic 6
t6 dirng han, 6 to con di chuyén duoc bao nhiéu mét?

A. 8m. B. 12m. C.15m. D. 10m.
Loi giai

Lay mdc thoi gian (t = 0) la luc dap phanh.

Khi 6 t6 dimg hén thi van toc v(1)=0, tic 1a v(1)=—61+12=0<1=2.

Vay tir luc dap phanh dén luc 6 t6 dimg han, 6 t6 con di chuyén duoc quing duong 1a
2

[(~6r+12)r :(—3t2+12t)‘ —12(m).

2
0
0
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

. ) TAI LIEU ON THI THPTQG 2021
(Chuyén Lé Hong Phong Nam Pinh 2019) Mot chiéc 6 t6 dang chay véi van toc 15m/s thi
nguoi lai xe him phanh. Sau khi ham phanh, 6 t6 chuyén dong cham dan déu véi van toc
v(1)=-3t+15(m/s), trong d6 ¢ (gidy). Hoi tir lac hdm phanh dén khi dimg hén, 6 6 di chuyén
duoc bao nhiéu mét?
A. 38m. B. 37,2m. C.37,5m. D. 37m.

Loi giai

Chon C
Khi xe dimg han thi v(f)=0=>17=5.
Khi d6 quang dudng xe di dugc tinh tir lac bit dau him phanh dén khi dimg han 1a:

1 3¢ 5
S =[(-3t+15)dt=| —=—+15¢ | =37,5m
) 2

0

Vay ta chon dap an C.

(Chuyén Béc Giang 2019) dong chdm dan déu véi van tc v(r)=—10z+20 (m/s), trong d6 t 1
khoang thoi gian tinh bang gidy, ké tir luc bat dau dap phanh. Hoi tir lac dap phanh dén khi dimg han,
6 t6 con di chuyén bao nhiéu mét?

A.5m B.20m C.40m D.10m
Loi giai
Chon B
Lic bat dau dap phanh, 6 t6 ¢6 van toc 20 m /s = v(t,)=—-10t,+20=20 <1, =0
O t6 ding han khi d6 véan toc v(1,)=0<20-104 =01, =2.
2
Do d6 6t di chuyén duoc thém 1a: [(20—10¢)dr = (201 =5¢*)|; =20(m)
0

(THPT Lwong Thé Vinh Ha Ni 2019) Mot 6 t6 dang chay v6i van toc 10m /s thi nguoi 1ai xe
dap phanh. Tir thoi diém do, 6 to chuyén dong cham dan déu véi van toe v(r)=-2t+10(m/s),
trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké tir liic bat dau dap phanh. Tinh quing duong 6 to
di chuyén dugc trong 8 gidy cudi cung.

A. 55m. B. 25m . C. 50m. D. 16m.

Loi giai
Tacd —2t+10=0< ¢ =5= Thoi gian tinh tir luc bat dau dap phanh dén khi dimg han 1a 5 giay.
Vay trong 8 gidy cudi cuing thi c6 3 gidy 6 t6 chuyén dong véi van toc 10m /s va 5 gidy chuyén

dong cham dan déu vai van tée v(t) =2t +10(m / s).

5
Khi d6 quang duong 6 t6 di chuyén 1a § = 3.10+j(—2t +10)dr =30+25="55m.

0
(THPT Thye Hanh - TPHCM - 2018) Mot chit diém bét dau chuyén dong thang déu véi van
téc v,, sau 6 gidy chuyén dong thi gip chuéng ngai vat nén bat dau giam téc do véi van toc
chuyén dong v(¢) = —§t+a (m/s), (t>6) cho dén khi dimg han. Biét rang ké tir lic chuyén

dong dén lac dimg thi chat diém di dugc quing dudng 1a 80m. Tim v, .
A.v,=35m/s. B.v,=25m/s. C.v,=10m/s. D. v,=20m/s.

Loi giai
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- Tai thoi diém ¢ = 6 vat dang chuyén dong véi van toc v, nén co

S 5
V(6):V0 ©—5.6+a =Y, = a =V0+15’ suy ra v(t):_5t+vo+15~

. : 2
- Goi k1a thoi diém vat dimg han, viy ta c6 v(k) =0 <> k :%(vo +15) < k :%w.

k
- Téng quang dudng vat di duge 1a 80 = 6.v, + J(—%t +v, + 15jdt
6

k

< 80=6., +(—§t2 +v0.z+15tj
4

6

< 80=6., —%(kz —6%)+v,.(k—6)+15(k — 6)

4 2
= 80=6v, -2 4n) | 24w, ey, o152
4 25 s 5 5

& (v,) +365, —400=0

<y, =10

Ciu 14. (THPT Lwong Thé Vinh - HN - 2018) Mot 6 t6 chuyén dong nhanh dan déu véi van toc
v(t)=7¢ (m/s). Diduge 5 (s) ngudi l4i xe phat hién chuéng ngai vat va phanh gép, 6 t0 tiép tuc

chuyén dong cham dan déu vai gia téc a = -35 (m/s2 ) Tinh quang duong cua 6 t6 di dugc tur luc

bat dau chuyén banh cho dén khi ding han?
A. 87.5 mét. B. 96.5 mét. C. 102.5 mét. D. 105 mét.
Loi giai
. 3 2T
Quang duong 6 t6 di dugc trong 5 (s) dau la s, = J.7tdt = 73 =87,5 (mét).
0

0

Phuong trinh van tdc ctia 6 t6 khi nguoi 1ai xe phat hién chudng ngai vat 1a Vo) (1)=35-35¢
(m/s). Khi xe ding lai han thi Vo) (1)=0=35-35t=0<1=1.
Quing duong 6 to di dugc tir khi phanh gap dén khi ding lai han 1a

1
=17.5 (mét).

0

1 2
5, = [(35-350)dr :(35t—35%j
0

Vay quang dudng cia 6 to di dugc tir luc bat dau chuyén banh cho dén khi dimg han 1a
s=s5+5,=87.5+17.5 =105 (mét).

Ciu15. (Chuyén Lé Hong Phong - ND - 2018) Mot chit diém dang chuyén dong véi van tdc
v, =15m/s thi ting toc véi gia toc a(t) =1 +4t (m/sz). Tinh quang duong chat diém d6 di dugc

trong khoang thoi gian 3 gidy ké tir lic bat dau ting van tdc.
A. 70,25 m. B. 68,25m. C. 67,25m. D. 69,75 m.
Loi giai

a(t)=1+4t :v(t)zja(t)dt=§+2t2+C (CeR).

Trang 6 Fanpage Nguyén Bio Vuong @ https:/www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU ON THI THPTQG 2021
3

Ma v(0)=C=15 :>v(t):%+2t2+15.

3

3
Viy S = j(%+ 2 +15jdt ~69,75m.
0

Cau 16.

Cau 17.

Cau 18.

(THPT Hoang Hoa Tham - Hung Yén - 2018) Mot chit diém chuyén dong theo phuong trinh
s(t)=10+¢+9¢" —¢ trong d6 s tinh bang mét, ¢ tinh bang gidy. Thoi gian d€ van toc cua chat
diém dat gia tri 16n nhat (tinh tir thoi diém ban dau) la
A. 1=6(s). B. 1=3(s). C.1=2(s). D. 1=5(s).

Loi giai
v(t)=s'(1)= -3t7 +18t+1.

D@ thay ham s6 v(#) 1a ham bac hai c6 dd thi dang parabol véi h¢ s6 a =-3<0.

Do do6 v, dat tai dinh 7(3;28) cia parabol.

Vay Thoi gian dé van tc ciia chat diém dat gia tri 16n nhat ¢ =3 (s).
(Chuyén Vinh Phiic - 2018) Mot 6 t6 bit diu chuyén dong nhanh dan déu véi van tdc
v, (¢1)=7¢t (m/s). Pi dugc 5s, ngudi 1ai xe phat hién chudéng ngai vat va phanh gip, 0 10 tiép tuc
chuyén dong cham dan déu véi gia toc a =70 (m/ sz) . Tinh quang duong S di dugc cua 6 to tur
lac bat dau chuyén banh cho dén khi dimg han.
A. §=96,25 (m). B. §=87,5 (m). C. $=94 (m). D. §=95,7 (m).

Loi giai
Chon gdc thoi gian 1a lac 6 t6 bat dau di. Sau 5s 6 t6 dat van toc 1a v(5)=35(m/s).
Sau khi phanh vén toc 6 t6 1a v(¢) =35-70(¢-5).
O 6 ding tai thoi diém ¢ =5,5s.

5 5,5
Quéing dudmg 6 6 di dwoc 1a § = [ 7rde + [ [35-70(¢~5)]dr =96,25(m).
0 5

(SGD Thanh Héa - 2018) Mot 6 to bat dau chuyén dong nhanh dan déu véi véan tde
v, (¢)=2¢ (m/s). Di duge 12 gidy, ngudi 1ai xe gdp chudng ngai vat va phanh gap, 6 t0 tiép tuc
chuyén dong cham dan déu véi gia toc a = —12(m/sz) . Tinh quang duong s(m) di dugc cia 6o
tir luc bat dau chuyén dong dén khi dimg han?
A. s=168(m). B. s=166(m). C. s=144(m). D. s=152(m).
Loi gidi

[1Giai doan 1: Xe bat dau chuyén dong dén khi gip chudng ngai vat.
Quang duong xe di dugc la:

12 12
S, = [w(r)dr = [20dr =2|” =144(m).

0 0
() Giai doan 2: Xe gip chudng ngai vat dén khi dimg han.

Oto chuyén dong chdm dan déu véi vén toc v, (¢) = I adt=-12t+c.

Van tdc cua xe khi gap chuéng ngai vat 1a: v, (0) =v, (12) =2.12=24(mJs).
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Cau 19.

Cau 20.

Cau 21.

=-120+c=24 > c=24=v,(t)=—12t+24.
Thoi gian khi xe gip chudng ngai vat dén khi xe dirmng han 1a nghiém phuong trinh:
-12t+24=0<1t=2.
Khi d6, quang duong xe di dugc la:

2 2 R 2
s, :!vz(z)dz =£(—12t+24)dr = (6> +24¢)| =24(m).
Viy tong quang dudng xe di duge la: S =5, +S, =168(m).
(Chuyén Thai Binh - 2018) Dé dam bao an toan khi luu thong trén dudng, cac xe 6 to khi dimg
dén do phai cach nhau t6i thiéu 1m. Mot 6 to A dang chay véi van toc 16m/s bdng gip 6 t6 B
dang dimg dén do nén 6 td 4 ham phanh va chuyén dong cham dan déu véi van tdc duoc biéu thi
boi cong thic v, (t) =16 —4¢ (don vi tinh bing m/s), thoi gian tinh bang gidy. Hoi rang dé c6 2
010 4 va B dat khoang cach an toan khi dung lai thi 6 t6 A phai ham phanh khi cach 6 t6 B
mot khoang it nhat 1a bao nhiéu?
A. 33. B. 12. C. 31. D. 32.

Loi giai

Taco: v, (0)=16m/s.
Khixe 4 ding han: v, (1)=0 <1 =4s.

Quiéng dudng tir lac xe 4 ham phanh dén lac dimg han 13 s = (16 - 4t)dt =32m.

O ey I

Do cac xe phai cach nhau tbi thiéu 1m dé dam bao an toan nén khi dimg lai 6 t6 4 phai ham
phanh khi cach 6 t6 B mot khoang it nhat 1a 33m.

(THPT Phan Pinh Phung - Ha Tinh - 2018) Mot vét chuyén dong v6i van tdc 10m/s thi ting
tbc v6i gia tbe duge tinh theo thoi gian 1a a(t)=t*+3¢. Tinh quang duong vét di duoc trong

khoang thoi gian 6 gidy ké tir khi vét bat dau tang toc.

A. 136m. B. 126m. C. 276m. D. 216m.
Loi giai

Taco v(0)=10m/s vi C g fr e (.30 J1s 3,

aco v( )— m/s va v(t)—'([a(t) t—_([(t + t) t_(§+7J _gz +Et .

6

=216m.

6 6
1 3 1 1
uing duong vat di duocla S=|v(¢)de= || = +=¢ |dt =| —¢* +=¢
Quang EVe ’ '(‘). () ’([(3 2 j (12 2 j

0

(Chuyén Phan Bgi Chau - Nghé An - 2018) Mot chiéc méay bay chuyén dong trén duong bang
v6i van toc v(¢)=1>+10¢ (m/s) véi t 1a thoi gian dugc tinh theo don vi gidly ké tir khi may bay

bt dau chuyén dong. Biét khi may bay dat van toc 200(m /s) thi roi duong bang. Quang dudng

may bay da di chuyén trén duong bang 1a

A. @(m). B. 2000(m). C. 500(m). p. 2%

3

(m).
Loi giai

, , t=10
Thoi diém may bay dat van toc 200(m/s) 1a v(1) =200 < * +10r =200 < { 0 t=10
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Cau 22.

Cau 23.

7 TAI LIEU ON THI THPTQG 2021
Quang duong may bay da di chuyén trén duong bang la

02500

10 s t3
s='(|:(t +10t)dt:(?+5tj0 =5 (m).

(Sé Lao Cai - 2018) Mot 6t6 dang dimg va bat dau chuyén dong theo mot duong thing véi gia

toc a(t)=6-2t (m/ s2) , trong d6 ¢ 1a khoang thoi gian tinh bang gidy ké tir lic 6t6 bit dau
chuyén dong. Hoi quang dudng 6t6 di dugc tir lic bat dau chuyén dong dén khi van toc cta 6t0
dat gia tri 16n nhét 13 bao nhiéu mét?
A. 18m. B. 36m. C. 22,5m. D. 6,75m.

Loi giai
a(t)=6-2t (m/s’) = v(t)=[(6-2t)dt =6t +C
Xe ding va bt dau chuyén dong nénkhi £ =0 thi v=0=C=0=v(t)=61—1.

v(¢)=6t—¢" la ham s6 bac 2 nén dat GTLN khi 7 = —2i =3(s)
a

3
Quéng dudng xe di trong 3 gidy dau la: S = I(6t —tz)dt =18m.
0

(M3 123 2017) Mot vat chuyén dong trong 3 gid v6i van tde v(km /h) phu thude vao thoi gian
t(h) c6 dd thi van téc nhu hinh bén. Trong thoi gian 1 gio ké tir khi bat dau chuyén dong, do thi
d6 1a mot phan cua duong parabol co dinh [ (2,9) va truc dbi xtmg song song véi truc tung,
khoang thoi gian con lai db thi 1a mot doan thing song song vdi truc hoanh. Tinh quing dudng S
ma vat chuyén dong duoc trong 3 gid do (két qua lam tron dén hang phan tram).

S - — .—..*’-I-“
S A
o 1 = =
A. s =21,58(km) B. s=23,25(km)  C.s=13,83(km)  D.s=15,50(km)
Loi giai
Chon A
c=4 b=5
Goi phuong trinh ctia parabol v =at” +bt+c ta c6 hé nhu sau: < 4a+2b+c=9<{c=4
b, a2
2a 4
Voi t=1tacod 022_
4
1 3
Viy quing duong vat chuyén dong duoc 1a s = I[—%tz + 5t +4}1t + Iﬂdt = % ~ 21,583
0 1
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Cau 24. (Ma 104 2017) Mot nguoi chay trong thoi gian 1 gio, van toc v (km/h) phu thudc vao thoi gian ¢

(h) c6 @6 thi 1a mot phan parabol véi dinh 7 (%, 8} va truc dbi ximg song song véi truc tung nhu

hinh bén. Tinh quang duong s ngudi d6 chay dugc trong khoang thoi gian 45 phut, ké tir khi

chay?
Vi
0T TT
A. s=2,3 (km) B. s=4,5 (km) C. s=5,3 (km) D. s=4 (km)
Loi giai
Chon B
Vi
8 [-7
0 G

Goi parabol 1a (P):y=ax’+bx+c. Tl hinh v& ta c6 (P) di qua O(0; 0), A(L; 0) va diém

()

c=0 a=-32

Tacohé: sa+b+c=0 < b=32
g+é+c:8 ¢=0
4 2

Suyra (P):y=-32x>+32x.

Vay quang duong ngudi d6 di duge 1 s = (—32x2 +32x)dx =4,5 (km).

St— W

Cau 25. (Ma 110 2017) Mot vat chuyén dong trong 3 gio voi van tde v(km/h) phu thudc thoi gian
t (h) c6 d6 thi 1a mot phan cia dudng parabol ¢6 dinh 1 (2;9) va truc dbi ximg song song véi truc

tung nhu hinh bén. Tinh quing duong s ma vat di chuyén dugc trong 3 gior do.
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TAI LIEU ON THI THPTQG 2021

(=) o

i

1

1
TTTTTTY N~

| .
w

L

o

A.s=2525(km)  B.s=24,25(km)  C.s=24,75(km)  D.s=26,75(km)

Loi giai

t

Chon C
Goi v(t)=ar’ +bt+c.

Do thi v(t) 12 mot phan parabol c¢6 dinh / (2;9) va di qua diém A(O; 6) nén
-3

by o=
2a 4

a2’ +b2+c=9=:{b=3 . Tim duoc v(t)z—gt2 +3t+6
a0’ +b0+c=6 |c=6

3
Vay S = I(—%tz +3t+ 6)dt = 24,75 (km)
0

(M3 105 2017) Mot vat chuyén dong trong 4 gio véi van tée v (km/h) phu thudc thoi gian ¢ (h)
¢6 d6 thi ctia van toc nhu hinh bén. Trong khoang thoi gian 3 gior ké tir khi bat dau chuyén dong,
d6 thi d6 1a mot phan ctia dudng parabol c6 dinh I (2; 9) v6i truc d6i ximg song song véi truc
tung, khoang thoi gian con lai d0 thi 1a mot doan thiang song song véi truc hoanh. Tinh quing
duong s ma vat di chuyén duoc trong 4 gio dé.

17 &

g [

I

O 234:
A. s=24 (km) B. s=28,5 (km) C. =27 (km) D. s=26,5 (km)
Loi giai
Chon B
Goi (P):yzax2+bx+c.
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Cau 27.

Cau 28.

Vi (P) qua O(O;O) va c6 dinh 1(2;9) nén dé tim duoc phuong trinh 1a y :_ngz +9x.
Ngoairatai x=3 taco y:zz7

-9 t27
Vay quing dudng can tim 1a: S = | [Z % +9xjdx + |2 dx=27 Gl

0 3

(KITNL GV THPT Ly Thai Té 2019) Mot vat chuyén dong trong 6 gid véi vén tdc
v(km / h) phu thudc vao thoi gian #(/)c6 dd thi nhu hinh bén duéi. Trong khoang thoi gian 2 gio
tir khi bét diu chuyén dong, dd thi 12 mot phan duong Parabol cé dinh 7(3;9)va ¢6 truc déi xtmg
song song voi truc tung. Khoang thoi gian con lai, d thi van toc 1a mot dudng thang c6 hé sd goc

bang % . Tinh quang dudng s ma vat di chuyén dugc trong 6 gio?

| BRENEAS
\\
\\
410 b4 3 %'. ‘
A %(km). B. 9(km). C. 40(/m). D. %(km).
Léi giai
Chon A

+ Vi Parabol di qua O(0; 0) va c6 toa @6 dinh [/ (3; 9)nén thiét 1ap duoc phuong trinh Parabol 1a
(P):y=v(t)=—1"+61;Yt [0;2]

[ A \ \ A A r \ \ A A 1 A A . A .
+ Sau 2 gid dau thi ham van toc c6 dang 1a ham bac nhat y =—¢+m, dya trén do thi ta thay di
- A ’ A A A \ \ A N 15
qua diém co toa do (6;9) nén thé vao ham so6 va tim dugc m = BN

Nén ham van toc tir gior th 2 dén gid tht 614 y = %t +1?5;w e[2;6]

+ Quéng dudng vat di dugc bang tong doan dudng 2 gid dau va doan dudng 4 gid sau.
2 6
1. 15 130
S=8+8,=|(-t*+6t)dt+ || —t+— |dt =—(km
o5, = [ (v [+ a0
(THPT Thwc Hanh - TPHCM - 2018) Mot ngudi chay trong 2 gio, van toc v (km/h) phu thude
vao thoi gian ¢ (k) c6 b thi 1a 1 phan clia duong Parabol véi dinh 7(1;5) va truc déi ximg song

song vadi truc tung Ov nhu hinh v€. Tinh quang duong S ngudi d6 chay dugc trong 1 gio 30 phut
ké tir luc bat dau chay (két qua 1am tron dén 2 chir s6 thap phan).
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i)
-

A. 2,11km. B. 6,67km . C. 5,63 km. D. 5,63km.

Tac6 1 gio 30 phit = 1,5 gis = S = [ v(t)de .

0
Do thi v=1(¢) di qua gdc toa d6 nén v(¢) c6 dang W) =at® +bt .
Do thi v=w(f) c6 dinh 14 I(1;5) nén

—izl b=-2a a=-5 5
2a < = =v(t)=-5" +10¢
a+b=5 a+b=5 b=10

1,5
S = j _5¢ +10z £~5,63.
) 8

Cau29. (SGD Pong Thap - 2018) Mot ngudi chay trong thoi gian 1 gio, véi van toc v (km/h) phu
thudc vao thoi gian ¢(h) c6 dd thi la mot phan cia parabol c6 dinh 7 (%;8] va tryc dbi ximg

song song vdi truc tung nhu hinh v€. Tinh quang duong S nguoi d6 chay dugc trong thoi gian 45
phut, ké tir khi bat dau chay.

Facebook Nguyén Vwong® https://www.facebook.com/phong.baovuongTrang 13




NGUYEN BAO VUONG - 0946798489

[} B

-1 1

A. 5,3 (km). B. 4,5 (km). C. 4 (km). D. 2,3 (km).
Loi giai
Trude hét ta tim cong thirc biéu thi van toc theo thoi gian, gia sir v(t) =at’ +bt+c.

Khi d6 dua vao hinh vé ta ¢c6 hé phuong trinh

c=0
N . a=-32
al|—| +b| — |+c=8 <= b=32
2 2
c=0
a+b+c=0

45

60
Do d6 quang dudng nguoi d6 di duge sau 45 phutla S = j (32¢-32¢%)dr = 4,5 (km).
0

Ciu 30. (Chuyén Ha Long 2018) Mot vt chuyén dong trong 4 gio voi van toe v (km/h) phu thudc thoi
gian ¢ (h) c6 do thi 1a mot phan cia duong parabol ¢ dinh 7(1;1) va truc dbi ximg song song véi
truc tung nhu hinh bén. Tinh quing duong s ma vit di chuyén duogc trong 4 gio ké tir luc xuét
phat.
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TAI LIEU ON THI THPTQG 2021

A. 5 =6 (km). B. s =8 (km). C.s =? (km). D. s =? (km).

Loi gidi
Ham biéu dién van toc c6 dang v(¢) = at’ + bt +c. Dya vao dd thi ta cé:

c=2 a=1

b s b==2&v(t)=1"-2+2.
2a _»

a+b+c=1 €=

V6i t=4=v(4)=10 (thoa man).

[ 40
Tir do s:l(t —2t+2)dt=?(km).

Dang 2. Ung dung tich phan dé giai mdt so bai toan thue té

Caul. (P& Tham Khio 2019) Mot bién quing cdo c6 dang hinh elip v6i bon dinh 4, 4,,B,, B, nhu
hinh v& bén. Biét chi phi dé son phan t6 dam 1a 200.000 vnd/m*> va phan con lai
100.000 vnd/m?*. Hoi sb tién dé son theo cach trén gan nhat voi sb tién nao dudi day, biét
A4, =8m, BB, =6m vatl giac MNPQ la hinh chi¥ nhat c6 MQ =3m?

By
M N
Ai Az
Q P
By
A. 5526000 ddng.  B. 5.782.000 déng  C. 7.322.000 ddng. D. 7.213.000 ddng.
Loi giai

Chon C
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Ay
B3
M N
4 5
Ay 0 1 A x
Q P
B

2 2
Goi phuong trinh chinh tic cia elip (E ) c6 dang: x_2 +Z—2 =1
a

AAd,=8=2a (a=4 PR 3

Véi = S(E)i—+—=1y=+=4/16-x".
{Blez6z2b {b=3 (B): 6% YTy

Suy ra dién tich cua hinh elip 1a Sir) = rab=12x (mz) .

Vi MNPQ 1a hinh chit nhat va MQ =3 > M (x;%j e(E)
2

1 3 3
= t—=1=x" =12 M| 2J3;= |;N| 2J3;=
16 4 g ( f2j (IJ

Goi S,;S, 1an luot 1a dién tich phan bi t6 mau va khong bi t6 mau
4 4

Ta co: S, = 4% [ VI6-x*dr =3 [ V16-x’dx—=20s 5, = 47— 613 (m’)
243 23

Suyra: S, = Spy =S, =87+ 6~/3 . Goi T 1a tong chi phi. Khi do ta c6
T= (4ﬂ—6\/§).100+(8ﬂ+6\/§).200 =17.322.000 (ddng).

Ciau2. (Trian Phi - Quing Ninh - 2020) Mot cai cong hinh Parabol nhu hinh v& sau. Chiéu cao
GH =4m , chiéu rong AB=4m , AC = BD=0,9m. Chu nha 1am hai canh cong khi déng lai 1a

hinh chit nhat CDEF t6 ddm c6 gia 1a 1200000 dong/m’, con cac phan dé tring 1am xién hoa co
gia 1a 900000 dong/m*. Hoi tong s6 tién dé 1am hai phan ndi trén gan nhat véi s6 tién nao dudi

day?
G
F E
C H D
= !
A. 11445000 dong. B. 4077000 déng.  C. 7368000 dong.  D. 11370000 dong.
Loi giai

Chon A
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TAI LIEU ON THI THPTQG 2021
Gan hé truc toa do Oxy sao cho AB tring Ox, A trung O khi d6 parabol c6 dinh G (2;4) va di

qua gbc toa do.

0 C H! D 4 %

Gia sir phuong trinh ciia parabol ¢6 dang y = ax’ +bx +c (a #0).

c=0
b a=-1
Vi parabol ¢6 dinh 1a G (2;4) va di qua diém O(0;0) nén ta c6 —2—=2 Sib=4 .
a
=0
a2 +b2+c=4 °
Suy ra phuong trinh parabol 13 y = f(x) = —x" +4x.
9 ; X " m
Dién tich cuia ca cong 1a S = J(—xz +4x)dx = -2 | == (mz).
J 3 3

Mt khéc chiéu cao CF = DE = £(0,9)=2,79(m); CD=4-2.0,9=2,2 (m).
Dién tich hai canh cong 1a S, = CD.CF = 6,138 (mz).

32 6793 , ,
=22 _6,14=—" .
CREF 3 1500 (m )

Vay tong so tién dé lam cong 1a 6,138.1200000 +%.900000 =11441400 dong.

Dién tich phan xién hoala S, =S-S

Mot bién quang céo voi 4 dinh 4, B,C, D nhu hinh v&. Biét chi phi dé son phan t6 dam la

200.000(d/m?) son phan con lai 14 100.000d/m>. Cho AC =8m; BD =10m; MN = 4m Hoi s6 tién

son gan vadi so tién nao sau day:

A
B
™M N
A G C .
Q P
A. 122040004. . B. 142070004 . C. 115030004.. D. 108940004

Loi giai
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Cau 5.

53
52 yz Yy ZT
elip c6 phuong trinh 1a: —+=—=1. Vi MN=4=1x, =2=
16 25 53
Wy

Dién tich phan t6 dam 1a S, =2

%\/ 5-y’dy=59,21 (m*)

“‘ﬁ'—'w‘é

Dién tichelipla S =7.4.5=207 (m°)
Dién tich phan tring 1a S, = S-S, 3,622 (m®)
Téng chi phi trang chi la: T =59,21.200000 + 3,622.100000 = 122042004 .

Mot hoa tiét hinh canh buém nhu hinh v& bén.
A

- =

D [am-
Phan t6 ddm duoc dinh da véi gia thanh
500.000d/m>. Phan con lai duoc t6 mau véi gia thanh 250.0004 / m* .

Cho AB = 4dm; BC =8dm.Hoéi dé trang tri 1000 hoa tiét nhu vay can so tién gan nhat véi s6 nao
sau day.

A. 1056606674 . B. 106666667d . C. 107665667d . D. 1086656674 .
Loi giai

Vi AB =4dm; BC =8dm. = A(=2;4), B(2;4),C(2;-4),D(~=2;—4) .

parabol 1a: y = x> hodc y=—x’

2
Dién tich phan t6 dam 1a S, =4 j dx = % (dm*)
0

Dién tich hinh chir nhat1a S =4.8=32 (m%)

Dién tich phan tring la S,=8-8§= 32—%=ﬁ (dm®)

Téng chi phi trang chi la: T = (% 5000 +63—4 2500) 1000 = 1066666674

(Thanh Hoéa 2019) M6t khuon vién dang nira hinh tron, trén d6 ngudi thiét ké phan dé trong hoa
¢ dang ctia mot canh hoa hinh parabol c¢6 dinh tring voi tim va ¢é truc d6i xing vudng goc véi
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Cau 6.

. . TAI LIEU ON THI THPTQG 2021
duong kinh ctia nura hinh tron, hai dau mut ctia canh hoa nam trén nira duong tron (phan té6 mau)
va céch nhau mot khoang bang 4(m). Phén con lai cia khuon vién (phan khong to mau) danh dé
trong co6 Nhat Ban. Biét cac kich thuéc cho nhu hinh v&, chi phi dé trong hoa va co Nhat Ban
tuong tmg 1a 150.000 ddng/m? va 100.000 ddng/m>. Hoi can bao nhiéu tién dé trong hoa va trong
c6 Nhat Ban trong khudn vién d6? (S tién duoc 1am tron dén hang don vi)

A. 3.738.574 (d6ng). B. 1.948.000 (ddng). C. 3.926.990 (dong). D. 4.115.408 (ddng).
Loi gidi

¢
o

»
»

-2 O 2 X

Chon hé truc Oxy nhu hinh vé€, ta ¢6 ban kinh cua duong tron la R =+ 4* 427 = 2\/§ .
Phuong trinh ctia nira duong tron (C) la: x*+3°=20,y>0= y=+20—x" .
Parabol (P) c¢6 dinh O(0;0) va di qua diém (2;4) nén c6 phuong trinh: y =x>.

2
Dién tich phin t6 mau 1a: S, = j[\/zo—f —xZde ~11,94 (m’).
2

Dién tich phan khong t6 mau 1a: S, = %.71'.(2\/5 )2 ~ 8, %107 11,94 (m*).

S tién dé trong hoa va trong co Nhat Ban trong khuon vién do 1a:

150000.11,94 + 100000.(107z -1 1,94) ~3.738.593.

(THPT Ngé Si Lién Bic Giang 2019) Nguoi ta can trong mot vuon hoa Cam T Cau ( phan
dugc gach chéo trén hinh v&). Biét rang phan gach chéo 1a hinh phang gidi han boi parabol
y =2x*—1 va nira trén ciia duong tron c6 tim 1a gbc toa dd va ban kinh bang V2 (m) Tinh s6 tién

t6i thiéu dé trong xong vuon hoa Cam Ta Cau biét rang dé trong mdi m* hoa can it nhét 1a
250000 dong.
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Cau 7.

3r—-2 37 +10 37 +10 3r+2

A. x 250000 . B. x250000. C. x250000. D. x 250000

Loi giai
Chon B
Ta c6 phuong trinh duong tron tim goc toa dd va ban kinh bang \/E(m) X +y =2,

y=~2-x @{xz—l,yzl

Toa d¢ giao diém ciia Parabol va duong tron 1a nghiém hé {

J’=2x2—1 x=1y=1
‘ 37+10
Dién tich vuom hoala § = [ (V2= ~2x" +1)dx = —
-1
A oA As 1cA L 2R . A \ 2 s s 37T +10
s0 tieén to0i thi€u deé trong xong vuodn hoa Cam Tu Cau la x 250000 .

(Chuyén Lé Hong Phong Nam Pinh -2019) Nha trudng du dinh 1am mét vudn hoa dang elip
duoc chia ra 1am bdn phan béi hai duong parabol c6 chung dinh, dbi xing v6i nhau qua tryc cta
elip nhu hinh v& bén. Biét d6 dai truc 16n, tryc nho cua elip lan lugt 14 8 m va 4 m, F,, F, lahai
tiéu diém cua elip. Phan 4, B dung dé trong hoa, phan C, D dung dé trong co. Kinh phi dé
trong mdi mét vudng hoa va c6 lan lugt 1a 250.000 d va 150.000 d. Tinh tong tién dé hoan thanh

vuon hoa trén (1am tron dén hang nghin).
A. 5.676.000 d. B. 4.766.000 d. C. 4.656.000 4. D. 5.455.000 d.

Gin hé truc toa d6 nhu hinh v&.

Do elip c6 d6 dai truc 16n 2a =8 < a =4, d0 dai truc nhé 2b=4<b=2.
Dién tich cta (E) la: S(E) =mab=8r.

2 2

Phuong trinh chinh tic (E) la: f—6+y7=1. Suy ra yzi%\/16—x2 .

Tacé c=va>—b* =243 :>Fz(2\/§; 0).

Do N va F, c6 cung hoanh 46 = N(Z\/g; 1).
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TAI LIEU ON THI THPTQG 2021
Goi (P) : y = kx* 1a parabol nam & phia trén truc Ox .

2 1 1
P 0 1= =—. y=—x".
Do Ne(P) taco 1 k(2\/§) Sk 5 Suyra (P):y TR
Dién tich phan 4 1a S, = I (—\/16 x’ ——x jdx 2.[ (—\/16 x’ ——x jdx
243

23 12J§
= I \/16—x2dx—g I x*dx
0 0
24/3
*Xét I, = [ N16—-xdx. Dat x =4sint = dx = 4costdt
0

Po6i can:
0 23

|
¢ ‘ 0 z
3

7[ T

3 3
Khi d6 1, j\/ 6—16sin” ¢.4costdt —16Icos tdt = j 1+cos2t 8(t+%sin2tj
0

i
3

0

243 23
*Tacol_lj' LXS _ 3_

63 18 |, 3
Suy ra: SA:II_12:@3SA+SB:2SA:@.
Téng dién tich phan C, D la: Se+8p =58~ (8,+58,)= 87 - 4\/7

3
Khi d6 tong sé tién dé hoan thanh vuon hoa trén 1a:

167 +43 S7—4V3
3

.250000 +T.150000 ~ 5676000 d.

(Chuyén Phan Bdi Chau Nghé¢ An -2019) Ngudi ta xdy mot san khau voi mat san c¢6 dang hop
cua hai hinh tron giao nhau. Ban kinh ctia hai cta hai hinh tron 14 20 mét va 15 mét. Khoang cach
giira hai tim ctia hai hinh tron 1a 30 mét. Chi phi 1am mdi mét vuéng phan giao nhau ciia hai hinh
tron 1a 300 ngan dong va chi phi 1am mdi mét vuéng phan con lai 1a 100 ngan dong. Hoi so tién
]am mit san cta san khdu gan voi sb nao trong cac s6 dudi day?

A. 202 triéu dong. B. 208 tridu dong. C. 218 triéu dong. D. 200 triéu dong.
Loi giai.

Goi O, I lan lugt 1a tAm cuia cac dudng tron ban kinh bang 20 mét va ban kinh bang 15 mét. Gan
h¢ truc Oxy nhu hinh v&, vi OI =30 mét nén 7(0; 30). Phuong trinh hai dudng tron lan lugt 1a
x>+ " =20" va x’ + (y - 30)2 =15". Goi A4, B 1a cac giao diém cia hai duong tron do.
xP+y?=20° xziS\/éﬁ

=
X+ (y-30) =15 215
ERTY

Toa dd A, B langhiém cua hé {
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Cau 9.

Téng dién tich hai duong tron 1a 7 (202 + 152) = 6257 (mét vudng).
Phan giao ctia hai hinh tron chinh 14 phan hinh phéng gi6i han boi hai db thi y =30—+/15% - x>
va y =+20> —x* . Do d6 dién tich phan giao giita hai hinh tron 1a

5+/455

12
s= ] (Jzoz 152 —30)dx ~ 60,2546 (mét vuong).
54455

12
S tién dé lam phan giao giira hai hinh tron 1a 300.000x 60,2546 ~18.076.386 (dong).
S6 tién dé lam phan con lai 1a 100.000x (6257 —2x60,2546) = 184.299.220 (d6ng).

Vay téng sb tién lam san khau 14 184.299.220 +18.076.386 ~ 202.375.606 (d0ng).
y

=W

(Chuyen Phan Bdi Chau Nghé An 2019) Nguoi ta xdy mot san khiu véi san co dang cua hai
hinh tron giao nhau. Ban kinh cua hai hinh tron 1a 20 m va 15 m. Khoang cach gitra hai tam cua
hai hinh tron 1a 30 m. Chi phi 1am mdi mét vuéng phan giao nhau ctia hai hinh tron 1a 300 nghin
d6ng va chi phi 1am m&i mét vudng phan con lai 1a 100 nghin déng. Hoi s tién lam mat san khiu

gan va&i sO nao nhat trong cac so dudi day?

A. 218 triéu dong. B. 202 triéu dong.

C. 200 triéu dong. D. 218 triéu dong.
Loi giai
A
B

Goi O,, O, 1an luot 14 tAm cta hai duong tron ban kinh 20 mva 15 m. 4, B 1a hai giao diém
cta hai duong tron.

Taco O A=0B=20m; 0,A=0,B=15m; 00,=30m.

OB’ +0,0," -0,B’ _ 43

cos BO,0, = === = B0O,0, ~26°23'.
20,8.0,0, 48
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TAI LIEU ON THI THPTQG 2021
Theo tinh chét hai duong tron cat nhau ta c6 0,0, 14 tia phan gidc 40,B

— A0,B=20,0,B=52,77°.

g 32T

Suy ra dién tich hinh quat tron O, 4B 1a S - 184,2 (m2 ) :

048 ~

1

Suos = 0,A0B.sin A0,B~159,2 (m?).

Goi S, la dién tich hinh giéi han bdi day 4B va cung AmB trong dudng tron (O1 )
=8 = SO,AB - SAO,AB =25 (mz).
Chimg minh tuong tu ta dugc dién tich hinh gidi han boi ddy 4B va cung AmB trong dudng tron
(0,) 1a 5, ~35 (m*).
Suy ra dién tich phan giao nhau 1a § = S, +S,=60 (mz) .
— Chi phi 1am san kh4u phan giao nhau 60.300000 =18000000 (nghin dong).
Téng dién tich ciia hai hinh tron 13 §' = 720% + 715° 2 1963 (mz) :
Dién tich phan khong giao nhau 1a §'—S =1903 (m2 )
= Chi phi lam san khau phan khéng giao nhau 1903.100000 =190300000 (nghin dong).
S6 tién lam mt san 1a 18000000 +190000 000 = 208300000 (nghin dong)
=208,3 (triéu dong).
Bac Nam lam mdt cai ctra nha hinh parabol c6 chiéu cao tir mat dit dén dinh 1a 2,25 mét, chiéu
rong tiép giap voi mat dat 1a 3 mét. Gia thué mdi mét vudng 1a 1500000 dong. Vay so tién bac
Nam phai tra la:
A. 33750000 dong.  B. 3750000 ddng.  C. 12750000 déng.  D. 6750000 ddng.
Loi giai
Goi phuong trinh parabol (P) .y =ax*+bx+c. Do tinh dbi ximg cua parabol nén ta c6 thé chon

hé truc toa @9 Oxy sao cho (P) co dinh I € Oy (nhu hinh v&).
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9
Z:C’(IG(P)) C:%
Ta c6 hé phuong trinh: %a—%b+c=O(Ae(P)) Sda=-1.
9 3 b=0
Za+5b+c=0(Be(P))
. 2 9
Vay (P):y=—x T
Dua vao d6 thi, dién tich cira parabol la:
3 3 9
2 2 3 3
S=I(—x2+2jdx:2j(—x2+2jdx=2 22| 22w
’ 4 o 4 3 4

2

- 0
2

S tién phai tra 1a: %.1500000 = 6750000 dong.

Ciu 11. (THPT Ngé Quyén - Quéng Ninh - 2018) Mot ngudi c6 miéng dat hinh tron c6 ban kinh bang
5 m. Ngudi nay tinh trdng cdy trén manh dit d6, biét mdi mét vudng trong cdy thu hoach dugc
100 nghin. Tuy nhién can c6 1 khoang trong dé dung 1 cai choi va dé d6 dung nén nguoi nay bot
lai 1 phan dét nho khéng tréng cdy (phan mau tring nhu hinh v&), trong d6 AB = 6m. Héi khi thu
hoach cay thi nguoi nay thu duoc bao nhiéu tién ?

A. 3722 nghin dong. D. 7445 nghin déng. C. 7446 nghin dong.  B. 3723 nghin dong.
Loi giai

Dién tich miéng dat 1a S, = nR* =251 (m?).
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TAI LIEU ON THI THPTQG 2021
Chon hé truc toa d6 Oxy nhu hinh v&. Ta c6 phuong trinh ctia duong tron bién 1a x* + y* =25,
R=5AH =3=0H =4.

— Phuong trinh ciia cung tron nhd AC 1a y=~25—-x>,véi 4<x<5.

5
=> Dién tich phin ddt tréng 1a S, =2[ V25— x"dx (m?).
4
5
= Dién tich phan dat trong cay 1a § =S, — S, =251-2 j V25— x2dx.
4
5
= S6 tién thu dugc 1a 7=100S =100(257—2 j V25— x?dx) ~ 7445 (nghin dong).
4

(THPT Yén Lac - 2018) Mot manh vuon hinh elip ¢6 truc 16n bang 100(m) va tryc nho bing
80(m) dugc chia lam hai phan bdi mot doan thing ndi hai dinh lién tiép cua elip. Phan nhé hon

trong cdy con va phan 16n hon trong rau. Biét lgi nhuan thu dugc 1a 2000 mdi m* tréng cdy con

va 4000 mdi m® trong rau. Hoi thu nhap ctia ca manh vuon 13 bao nhiéu? (Két qua lam tron dén

phan nghin).
A. 31904000. B. 23991000 . C. 10566000. D. 17635000.
Loi giai
D
40
F - = * s
A 50 B
E
x2 2
Goi phuong trinh cua elip 1a — + Z_Z =1.
a

Theogiéthiét,tac() 2¢d=100=a=50; 2b=80=b=40.

Dién tich phan trong ciy con (phan gach soc) bang % dién tich cua elip trir di dién tich tam giac

DOF . Do d6 dién tich phan trong cay con 1a S, = ﬂTab_a_zb (mz) .

Dién tich phan trong rau (phan khong gach soc) bang % dién tich elip cdng véi dién tich tam giac

37Z'ab+a_b (1’1’12)

DOF . Do d6 dién tich phan trong rau la S, = 2 5

Thu nhap cta cd manh vuon la [”Tab —%bj -2000+ [ 37;ab + az_bj -4000 ~ 23991000.

Facebook Nguyén Vuwong® https://www.facebook.com/phong.baovuongTrang 25




NGUYEN BAO VUONG - 0946798489 . i )
Cau 13. (Chuyén Vinh - 2018) Mot cong chao c6 dang hinh Parabol chiéu cao 18 m, chiéu rong chan de

12 m. Nguoi ta cing hai soi day trang tri AB, CD nim ngang ddng thoi chia hinh gidi han béi

. 5 . . . AB
Parabol va mat dat thanh ba phan c6 dién tich bang nhau (xem hinh v€ bén). Ti s0 o) bang

S 18m
(7; *» D
12m ’
AL B c L. D _
V2 5 2 14242
Loi gidi

Chon hé truc toa d0 Oxy nhu hinh vé.

AV

’I | B' 18m

i o
L _4r./-"'
|

-18

Phuong trinh Parabol ¢6 dang y = a.x” (P).

(P) di qua diém c6 toa do (—6;—18) suy ra: —18 = a.(—6)2 Sa= —% = (P):y= —%xz .
Tt hinh vé ta c6: AB =4
CD x,

. i . . 1
Dién tich hinh phang gidi ban bdi Parabol va duong thang AB:y = —Exlz la

X 3 "
S, = 2[{—133 —(—leﬂdx = 2(—l.x—+lx12xj
oL 2 2 23 2 .

. . . . 1
Dién tich hinh phang gidi han bdi Parabol va duong thang CD y = —Exzz la

:gxf.

Xy 1 3 1 *2
S2=2J.[—lx2—[—lx§ﬂdx =2(——.x—+—x22x] =
oL 2 2 23 2 .
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ek 1 AB 1
T gia thi€t suy ra S2:2S1©x§:2x13<:>ﬁ=— Vay S W

xz\/i CD xzi/i

Cau 14. (THPT Kinh Mon - 2018) Mot hoa van trang tri dugc tao ra tir mot miéng bia méng hinh vuéng

Cau 15.

canh bang 10 cm bang cach khoét di bén phan bang nhau c6 hinh dang parabol nhu hinh bén. Biét
AB =5cm, OH =4 cm. Tinh dién tich bé mit hoa van do.

160

A. Tcm . B D. 50 cm®.
Loi giai
HHH 0 1 T + t ‘2 HHHHH :““ H ; t “\1‘{
NI . NI 16 , 16
Pua parabol vao hé truc Oxy ta tim dugc phuong trinh la: (P): y=—2—5x +?x.

Dién tich hinh phang gidi han boi ( ) y= —%x +§x truc hoanh va cac duong thang x=0,

s s 00 10 gt

Tong dién tich phan bi khoét di: S, =48 = % cm’

Dién tich cua hinh vuéng la: S, =100 cm®.

Vay dién tich bé mit hoa van la: S, =S, —S, =100 —% = % cm’.

(Chuyén Vinh - 2018) Mot vién gach hoa hinh vudng canh 40cm . Nguoi thiét ké da str dung

bbn dudng parabol c6 chung dinh tai tim vién gach dé tao ra bn canh hoa (dugc t6 mau sam nhu
hinh v€ bén).
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Cau 16.

Dién tich mdi canh hoa ciia vién gach bang
800 400

A. 800cm’. B. = em’. C. — e D. 250cm’.

Loi giai

Chon hé toa d6 nhu hinh vé (1 don vi trén truc béng 10cm =1dm ), cac canh hoa tao boi cac duong
2 2 2 2
parabol ¢6 phuong trinh y = % , V= —x—,x N Sy A

b

2 2 2
Dién tich mot canh hoa (nam trong goc phan tu thir nhit) bang dién tich hinh phing gidi han boi
2

haidétmhamséy=%,y=@ va hai duong thing x=0;x=2.

Do d6 dién tich mot canh hoa bﬁng

2

oo (5T

0

4 400 4 400
=§(dm2) :T(sz) :E(dmz)zT(cmz).

2
0

(THPT Céam Giang 2 -2019) Trong chuong trinh ndng thén méi, tai mot xa Y co xdy mot cay
cdu bang bé tong nhu hinh v&. Tinh thé tich khdi bé tong dé dé du cay ciu. (Puong cong trong
hinh vé 1a cac duong Parabol).

\ _.‘\‘

: B
0, Hm 19m (), Srve
A.19m’. B. 21m’. C.18m’. D. 40m’.

Loi gidi

Chon hé truc Oxy nhu hinh vé.
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Cau 18.
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0.5m 19m 0, 5m

Goi (R):y=a,x* +b, 1a Parabol di qua hai diém A(%;O),B(Oﬂ)

0ca) 12 [a=-B 8
Nén ta c6 hé phuong trinh sau: | 2 =47 361 :>(Pl):y=—ﬁx2 +2.
2=b b=2
Goi (P,):y =a,x’ +b, 1a Parabol di qua hai diém C(lO;O),D(O;%)
0=a,.(10)’ +§ a, =—% L s
Nén ta c6 h¢ phuong trinh sau: = = (P2) y=——x =,
5 40 2
2=b, by=2>
2 2

19
Ta ¢6 thé tich cia bé tong 1a: ¥ =5.2| [ _Lleid Sk ~ 8 i ke |=dom’.
o\ "g0” 2 e (T361

bé ky ni€ém ngay 26-3. Chi doan 12A dy dinh dung mét 1éu trai co dang parabol, véi kich thudec:
nén trai 1a mot hinh chit nhat ¢6 chiéu rong 13 3 mét, chiéu sau 1a 6 mét, dinh ctia parabol cach
mit dat 1a 3 mét. Hiy tinh thé tich phan khong gian phia bén trong trai dé 16p 12A cir s6 lugng
nguoi tham du trai cho phu hop.
A. 30 m’ B. 36 m’ C. 40 m’ D. 41m’

Loi giai
Chon B
Gia st nén trai 13 hinh chit nhat ABCD c6 AB = 3 mét, BC = 6 mét, dinh ctia parabol 1a I. Chon
hé truc toa do Oxy sao cho: O Ia trung diém cua canh AB, A, Bva 1, phuong trinh ctia parabol c6

4
dang y=ax’+b,a#0.Dol, A, B thudc nén ta co y:—§x2+3

Vay thé tich phan khong gian phia trong trai 1a
3
24

V= 6.2](—?8 +3)dx =36
0

(Chuyén Lé Quy Pén Quang Tri 2019) Sam 16p xe 6 t6 khi bom cing dit ndm trén mit phing
nam ngang c6 hinh chiéu bang nhu hinh vé& véi ban kinh duong tron nho R, =20cm , ban kinh
duong tron 16n R, =30cm va mit cat khi cit boi mdt phang di qua truc, vudng géc mit phang

nam ngang 1a hai dudng tron. Bé qua d6 day vo sam. Tinh thé tich khong khi dwoc chira bén trong
sam.
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Cau 19.

A

A. 12507°cm’ . B. 14007z%cm’ . C. 25007%cm’. D. 6007°cm’ .
Loi giai

-5 O 5

Thé tich sam xe bang thé tich cua khdi tron xoay sinh boi hinh tron tim 7 (O; 25) ban kinh bang 5

quay quanh tryc Ox .

y=25+~/25-x"
,X
y=25—\/25—x2

Vay V = n.ﬁ(zsﬂ/zs—f )2 dx—j.(25—x/25—x2 )2 dx} - 1007[.]5.\/25—x2dx.
s s s

Ta c6 phuong trinh duong tron 1a x> +(y - 25)2 =25& [ e[-5;5].

5
Tacod I \25—x*dx 1a dién tich nira hinh tron tdm 0(0;0) , ban kinh béng 5
-5

5
= j\/25—x2dx =%.7r.52 _27.
-5

2
i 2 257 23

Suy ra V/ =1007. [ V25— x dv=1007.== = 12507 cm
-5

Chii y: C6 thé bAm may tich phan, ta
5 2 5 2
duQcV=n[I(25+\/25—x2) dx—I(25—V25—x2) dx} ~3927wem’ .
-5 -5

Kiém tra cac dép 4n ta chon dap 4n A.

(Chuyén Dai Hoc Vinh 2019) Chuén bj cho dém hoi dién van nghé chao d6n nam moi, ban An
da lam mot chiéc mil “cach diéu” cho ong gia Noel co dang mot khéi tron xoay. Mt cat qua truc
ctia chiéc mii nhu hinh v& bén dudi. Biét ring OO0’ =5 cm, 04=10 cm, OB=20 cm, dudng
cong AB 1a mot phan cua parabol c6 dinh 1a diém 4 . Thé tich cta chiéc mii bang

Trang 30 Fanpage Nguyén Biao Vwong < https://www.facebook.com/tracnghiemtoanthpt489/




Cau 20.

TAI LIEU ON THI THPTQG 2021

.....IA
2 2 2 22
Al 7507 (cm3) E- 5007 (Cm3) C. 0507 (cm3) D. 507z (cm3)
3 3 3
Loi giai
Chen B
Y
4 B(0;20)
y=7 (o107
0 A(10;0) o
5
o

Ta goi thé tich ctia chiéc miila V.

Thé tich cia khdi tru c6 ban kinh day bang OA =10 cm va dudng cao OO0’ =5 cm la V.

Thé tich ciia vat thé tron xoay khi quay hinh phang gidi han bai duong cong AB va hai truc toa do
quanh truc Oyla V.

Taco V=V +V,

V,=5.10'7=5007 (cm’).

Chon hé truc toa d6 nhu hinh vé.

Do parabol ¢6 dinh 4 nén né c6 phuong trinh dang (P): y = a(x—10).

Vi (P) quadiém B(0;20) nén a =%.
Do do, (P):y:%(x—IO)Z. Tirdé suy ra x=10—4/5y (do x<10).

Suyra ¥, = /f(lo_@)z dy = ;{3000—803&) =@ﬂ (em’).
0

_ 1000 2500 (cnr).

Dodo V =V +V, 7r+5007r:T7r

Cho chiéc tréng nhu hinh v€, c6 duong sinh 1a ntra elip duoc cit boi truc 16m véi d6 dai truc 1én

bang 80 cm, d6 dai truc bé bang 60 cm va day trong 1a hinh tron c6 ban kinh bang 60 cm. Tinh thé
tich ¥ ctia chiéc tréng (két qua lam tron dén hang don vi).

Facebook Nguyén Vwong® https://www.facebook.com/phong.baovuongTrang 31




NGUYEN BAO VUONG - 0946798489

— duUng sinh

-

A. V =344963cm’ B. V =344964cm’ C.V=208347cm’  D. V =208346cm’
Loi giai
bat h¢ truc toa 40 Oxy nhu hinh v€ (truc hoanh la truc cua chiéc tréng, géc toa d6 la trung diém

cua dudng cao chiéc trong, don vi: dm).

5(0;6) laelip (£') c6 phuong trinh ic—6+
Suy ra, phuong trinh ctia duong sinh 1a: y =6 —%\/16 —-x.
4 3 2
Do d6, thé tich ciia chiéc tréng 1a: V = nj (6 —Z\/16 —x j dx ~ 344,964 (de) .
4

Ciu 21. Cho mdt vat thé bang gd c6 dang hinh tru vdi chiéu cao va ban kinh day cung bang R . Cit khéi gd
d6 boi mot mit phang di qua dudng kinh ctia mot mat day cua khéi gd va tao voi mit phang day
cta khéi g6 mot goc 30° ta thu duge hai khéi gd c6 thé tich 1a ¥, va ¥, v6i V; <¥,. Thé tich ¥,

bang?

3 3 3 3
A.rq:z*@R. B.VF@TR. C.VFM. D.V1=\/§R.
9 27 18 27

Loi giai
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Khi cat khdi gd hinh try ta dugc mot hinh ném c6 thé tich ¥, nhu hinh vé.
Chon hé truc toa d0 Oxy nhu hinh vé.
Nira duong tron duong kinh 4B ¢6 phuong trinh 1a y =+ R* —x* ,x € [—R;R].
Mot mit phing vudng géc véi truc Ox tai diém M c6 hoanh do x, cit hinh ném theo thiét di¢n
la AMNP vung tai N vaco PMN =30,
22
Tacéd NM =y =+ R>—x* = NP = MN.tan 30" =% .
1 R-x
27 3
R R 2 2
, 1+ R —x 1 1
Thé tich hinh ném 1a V. = | §(x)dx =— dx = sz——x3j
1 I (eie=2 I 3 23 ( 3
* Chii y: C6 thé ghi nhé cong thirc tinh thé tich hinh ném:

VI=§R2h=§R3tana,trongd() R=%, o =PMN .

AMNP ¢6 dién tich S(x)= %NM.NP =

23R

T 9

-R

(THPT Lé Quy Pon Pa Ning 2019) Cho mot md hinh 3—D mé phong mot dudng ham nhu
hinh v& bén. Biét ring duong him mo hinh c6 chiéu dai 5(cm ); khi cét hinh ndy bi mit phing
vudng goc voi ddy cua no, ta duge thiét dién 1a mot hinh parabol c6 do dai day gap doi chiéu cao
parabol. Chiéu cao ctia mdi thiét dién parobol cho boi cong thirc y=3 —%x (cm) , VOl X (cm) la

khoang cach tinh tir 16i vao 1én hon ciia duong him mé hinh. Tinh thé tich (theo don vicnr® )
khéng gian bén trong dudng hdm mé hinh ( 1am tron két qua dén hang don vi )
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1>

29. B. 27. C. 31. D. 33.

-
X

Xét mot thiét dién parabol co chiéu cao 12 & va d6 dai day 2h va chon hé truc Oxy nhu hinh vé
trén.
Parabol (P) ¢6 phuong trinh (P) cy=ax’ +h, (a < 0)

Co B(h:0)e(P) <0=ah’+h @a:—% (doh>0)

o1 41 2
Dién tich S cua thiét dién: S = I[—sz +h]dx ZT , h= 3—§x
—h

:S(x):%(fa—%sz

Suy ra thé tich khong gian bén trong ctia duong ham mé hinh:
5 5 2

=V =[5(x)dx =J.i(3—ng dx ~ 28,888
0 3 5

0

=V=29 (cm3)

Céu 23. Mot chi tiét may duoc thiét ké nhu hinh v& bén.

Céc tir giac ABCD,CDPQ 1a céac hinh vudéng canh 2,5cm . Tt giac ABEF 1a hinh chir nhat c6
BE =3,5cm . Mit bén POEF dugc mai nhin theo dudng parabol (P) ¢6 dinh parabol nam trén
canh EF . Thé tich cta chi tiét may bang
A. ﬁcm3. B. 50 cm’. C. gcm3. D. ﬁcm3.

24 3 24
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Goi hinh chiéu cua P,Q trén AF va BE la R vaS . Vit thé dugc chia thanh hinh lap phuong
ABCD.PORS ¢6 canh 2,5¢m , thé tich =%cm3 va phin con lai c6 thé tich 7. Khi d6 thé

tich vat thé V=V]+V2=12?5+V2.

bit hé truc Oxyz sao cho O trung véi F', Ox trung v6i FA, Oy trung voi tia Fy song song véi
AD . Khi d6 Parabol (P)c6 phuong trinh dang y = ax’, di qua diém P(l;%) do do

a= 3> =y= éxz

2 YT
Cit vat thé boi mat phang vudéng goc véi Ox va di qua diém M (x;0;0),0<x <1 tadugc thiét
dién 13 hinh chit nhat MNHK c6 canh 1a MN = %xz va MK = %do do dign tich S (x)= 'Z—Sx2

1
Ap dung cong thirc thé tich vat thé ta co V, = J‘%szdx = f—;
0

Tudo v :12—5+£=ﬁcm3

8§ 12 24
(THPT Luc Ngan 2018) B6 doc mot qua dua hiu ta dwoc thiét dién 14 hinh elip ¢6 truc 16n
28cm, truc nhoé 25cm. Biét ctr 1000cm’ dua hiu s& lam duge cbe sinh t6 gid 20000 dong. Hoi
tir qua dua hau trén co thé thu dugc bao nhiéu tién tir viéc ban nudc sinh t6? Biét rang bé day vo
dua khong dang ké.
A. 183000 dong. B. 180000 dong. C. 185000 dong. D. 190000 dong.

Loi giai

Puong elip ¢o6 truc 16n 28cm, truc nho 25cm ¢6 phuong trinh

2 2 2 2
LY ESPEGE 25 1__x2 @y:ié /1__x2_
(25) 2 14 2 14
2

Do d6 thé tich qua dua l1a
14 B 2 2 14 2 \2 2 3

Vzﬁj éJl—x—z dx:ﬂ(éj I l—x—2 dxzﬁ(éj Jx— al >
Cal 2 14 2) s 14 2 3.14

8750
= 3 cm”.

14

25 56
=7m|—| .—

2)°3
14
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875072.20000

~ 183259 dong.
3.1000

Do d6 tién ban nudce thu duoc 1a

Ciu 25. (THPT Thuc Hanh - TPHCM - 2018) Mot cdc rugu c6 hinh dang tron xoay va kich thude nhu
hinh v&, thiét dién doc cua cbc (b6 doc cdc thanh 2 phan bang nhau) 1a mot dudng Parabol. Tinh

thé tich tdi da ma cdc c6 thé chira duge (1am tron 2 chit s6 thap phan)

8cm
OO
£ . Parabol
10cm
=
A. V =320cm’. B. V =1005,31ecm®. C.V =25133cm’.  D.V ~502,65cm’.
Loi giai
e
i
i
i
3
i
4 3 5 2 2 8
Parabol c6 phuong trinh y = gx S x' = 3 y

Thé tich tbi da cc:

10 8
V=r||—-yl|dy~251,33.
{(sy) v

Ciu 26. (Chuyén Thoai Ngoc Hau - 2018) C6 mdt cdc nude thiy tinh hinh try, ban kinh trong 1ong day
cdc 1a 6em, chiéu cao long coc 1a 10cm dang dung mot luong nude. Tinh thé tich lwong nudce

trong coc, biet khi nghiéng coc nudc vira luc khi nude cham miéng coc thi ddy muc nudc trung

voi duong kinh day.
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A. 240cm’. B. 2407 cm’. C. 120cm’. D. 120z7cm’.

Loi giai

Ciach 1. Xét thiét dién cit coc thuy tinh vudng goc voi duong kinh tai vi tri bat ky co:

S(x)z%\/R2 AR =X tana :>S(x):%(R2 —xz)tana.
1 g 2

Thé tich hinh c4i ném la: V =—tana_[ (R2 —xz) dx==R'tane.
2 “r 3

A or A I3 \ . A A z 1 rrooA A 2
Thé tich khoi nudc tao thanh khi nguyén coc c6 hinh dang cai némnén V,, = §R3 tan o .

=V, 2R 0o’
3R

Cach 2. Dyng hé truc toa do Oxyz

10cm

12cm

Goi S(x) la dién tich thiét dién do mit phing c6 phuong vudng géc voi truc Ox véi khéi nudc,
mat phﬁng nay cat truc Ox tai diém c6 hoanh do A>x>0.
Goi ﬁ]za,fﬁvzﬂ,Osz

U 6 EF 6x 6x

timng=—=—=—- = EF = =>HF =6——.
OoJ 10 OF 10 10
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6x

HF 10 X X
cosff=—=—-=1—-—; B=arccos| 1 ——
p HN 6 10 P [ 10)

S()C) = S(hinhquat) - SHM = %HNz'zﬂ _%HM.HN.Sin 2ﬂ

2
= S(x)=6’ arccos(l—ij—l.é.é.z(l—ij 1—(1—1j
10) 2 10 10

10 10 2
=V =[5(x)dr=] 36arccos(1—ij—36(1—iJ 1—(1—1j dx =240.
) ) 10 10 10

Ciu 27. (Chuyén Thoai Ngoc Hau -- 2018) Cho vat thé day 1a hinh tron c6 ban kinh bang 1 (tham khao
hinh v&). Khi cit vat thé biang mit phing vudng gdc v6i truc Ox tai diém cé hoanh do
x (~1<x<1) thi duoc thiét dién 1a mot tam gidc déu. The tich 7 ciia vat thé d6 1a

A V=43, B. V=33. C V="t D.V=r.
Loi giai
Do vit thé c6 day la dudng tron va khi cat boi mit phang /
vudng goc véi truc Ox duogce thiét dién 1a tam giac déu do / e
d6 vat thé doi xing qua mit phing vudng goc vai truc /
5 | /
Oy taidiém O. T 0 x

Canh ctia tam giac déu thiét dién 1a: a =21—x* .

2
Dién tich tam giac thiét dién la: § =& f =(1-x")V/3.
Thé tich khéi can tim la:

V=2dex=2jJ§(1_x2)22\/5()6_%3j1 43

3

0

Cau 28. (THPT Binh Giang - Hai Dwong - 2018) San van dong Sport Hub (Singapore) 1a san c6 mai
vom ky vi nhat thé gidi. Pay 1a noi dién ra 1& khai mac Dai hoi thé thao Pong Nam A duoc t6
chire tai Singapore nam 2015 . Nén san 1a mot elip (E) c6 tryc 16n dai 150m, tryc bé dai 90m
(hinh 3). Néu cét san van dong theo mot mit phang vudng gbc véi truc 16n cla (E)va cit elip &
M, N (hinh 3) thi ta dugc thiét dién ludn 1a mot phﬁn cua hinh tron ¢6 tam 7 (ph?m t6 dam trong

hinh 4) v61 MN 1a mot day cung va goc MIN =90°. Dé lap may diéu hoa khong khi thi cac ki su
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can tinh thé tich phan khong gian bén dudi mai che va bén trén mat san, coi nhu mét san la mét
mit phang va thé tich vat liéu 1a mai khong dang ké. Hoi thé tich xap xi bao nhiéu?

M N M
N
Hinh 3
A. 57793m". B. 115586, C. 32162m°. D. 1017930 .
Loi gidi
- AN

Chon hé truc nhu hinh vé

Ta cn tim dién tich cia S (x)thiét dién.
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Goi d(O,MN) =

2 2

Xy
E):—+2_=1.
(£) 75 457

2 2
Lic d6 MN =2y =2 [45*| 1--— =90\/1—"—2
75 75

MN 90 ¥’ 902( xzj

—=R= = =>R=—|1-—

2 2
2
S(x)= 57k _%Rz =[§ﬁ_%jzez - (r-2) 22 (lﬂ

Thé tich khoang khong can tim 1a

2
V= j 2025 (1——J~115586m
752

=75
Ciu 29. (Tran Phii - Ha Tinh - 2018) Mot céi thung dung dau c6 thiét dién ngang (mit trong cta thing)
la mdt duong elip co6 truc 16n bang 1m, truc bé bang 0,8m, chi€u dai (mat trong cua thung) bang
3m. Puoc dit sao cho truc bé nam theo phuong thang ding (nhu hinh bén). Biét chiéu cao cua
dau hién co trong thung (tinh tir day thung dén mat dau) 1a 0,6m. Tinh thé tich ' ciia dau c6 trong
thung (Két qua 1am tron dén phén tram).

AV =15m’. B. V=131m’. C.V=1,27m’. D. V =119m".
Loi giai
Chon h¢ truc toa do nhu hinh vé.

2 2
Theo d¢ bai ta c6 phuong trinh cta Elip 1a xT+yT =1.
4 25
Goi M , N lan luot 12 giao diém cua dau vdi elip.
Goi S, 1a dién tich cua Elip ta c6 S, =7ab = ﬂ%% =% .

Goi S, 1a dién tich cua hinh phang gi6i han boi Elip va duong thang MN .
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Cau 30.

TAI LIEU ON THI THPTQG 2021
Theo dé bai chiéu cao ctia dau hién c6 trong thung (tinh tir day thung dén mat dau) la 0,6m nén

ta c6 phuong trinh ctia duong thing MN 13 y :%

2 2
Mat khac tr phuong trinh xT+yT:1 ta cod y:§4/%—x2 .

4 25

! BB

Do duong thang y =— cét Elip tai hai diém M, N c6 hoanh dé lan luot Ia e va e nén

5
N N
t(4 1 1 4 4 N1
2:_'.(— ——Xz——jdx=—_|. x’ —ﬁ
V4 5 5 V4 10
4 4
ﬁ
4 N
Tinh z_j ——x*dx.
V4

1 . 1
bat x=5s1nt:>dx=5costdt.

I TN

Déi can: Khi x=—— thi r=—=—; Khi x= thitzf.
4 3 4 3

: :
I= J.ll cos tdt—l‘|.(1+cos2t)dt:l 2—ﬂ+£ .
22 87 8l 3 2
3 3
. 41(27 B3] 3 7 B
Vay §, = — — =
583 2 10 15 20°
Thé tich cta dau trong thung 1a V' = r Zy f 3=1,52.
5 15 20

(S6' Yén Bai - 2018) Nguoi ta thay nudc mdi cho mot bé boi c6 dang hinh hop chit nhat c6 d6
sau la 280 cm. Gia su h(t)lé chiéu cao (tinh bang cm) cta myc nudc bom dugce tai thoi diém ¢

A A M A A L~ 5 A r . A 4 \ [ 1 N 1 A
gidy, bict rang toc do tang cua chiéu cao muc nudc tai gidy thu ¢ 1a A'(r) = %\% +3 va luc dau

hd boi khong c6 nudc. Hoi sau bao 1au thi bom duoc s6 nude bang %d(} sau ctia ho boi (lam tron
dén giay)?
A. 2 gio 36 giay. B. 2 gio 34 giay. C. 2 gio 35 giay. D. 2 gio 36 giay.
Loi giai
Goi x 1a thoi diém bom duoc s6 nudc bang % d6 sau ctia bé (x tinh bang giy ).

X

=105000 = (x +3)3/x +3 —33/3 = 140000

1 3.0
Taco: [——1+3dt=210 = > (1+3)3
!500 4

0

= 3J(x+3)" =33/3+140000 = x+3 = 4\1/(3i/§+140000)3 =x= §/(3€/§+140000)3 -3
= x~7234,8256.
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Cau 31. (THPT Ngoé Quyén - Quang Ninh 2018) Mot bac thg xay bom nudc vao bé chia nudce. Goi

h(t) 1a thé tich nuée bom dugc sau ¢ gidy. Cho 4'(¢)=6at’ +2bt va ban dau bé khong c6 nudc.
Sau 3 gidy thi thé tich nudc trong bé 1a 90m*, sau 6 gidy thi thé tich nudc trong bé 1a 504m” .
Tinh thé tich nuéc trong bé sau khi bom duoc 9 gidy.
A. 1458m’ . B. 600m° . C. 2200m’. D. 4200m’.

Loi gidi

=90 < 54a+9b=90 (1)

3
0

(6ar* +2bt)dt =90 < (2ar* + b1

(6ar* +2bt)dt =504 < (2af’ + b1’ )‘ =504 < 432a+36b =504 (2)

6
0

O O O —

Tu (1), (2) = . Sau khi bom 9 gidy thi thé tich nudc trong bé la:

b=

N W

9
:1458(m3).

0

[ (4
V=_([(4t2 +12¢)dt = (gﬁ +6t2j

Cau 32. (Chuyén Nguyén Trii - Hai Dwong - Lan 2 - 2020) Goi (H) 1a phén giao cua hai khoi % hinh

tru c6 ban kinh a, hai truc hinh try vuéng goc véi nhau nhu hinh vé sau. Tinh thé tich cua khdi

().

e Dit hé toa A0 Oxyz nhu hinh v€, xét mat cat song song voi mp (Oyz) cit truc Ox tai x: thiét

dién mat cat luon la hinh vuéng cé canh a’—x* (0 <x< a) .
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Caul.

Cau 2.

TAI LIEU ON THI THPTQG 2021
e Do d6 thiét dién mat cét c6 dién tich: S(x) =a’-x".

. . N
. Vay ¥, =£S(x)dx ~[(a =) dx =[a2x—%j

0

Cho ham s y = f(x) c6 dao ham f’(x) lién tuc trén doan [0;5] va dd thi ham sb y = f”(x)

trén doan [0;5] duoc cho nhu hinh bén.

I'l.""'

N

0 3 3 ¢
5

Tim ménh dé ding
A. £(0)=£(5)<f(3).B. £(3)<f(0)=/(5).
C. f(3)<f(0)<f(5).D. f(3)< f(5)< f(0).
Loi gidi
Taco [ f'(x)dx=r(5)-f(3)>0.dodd f(5)> f(3).

f'(x)dx=£(3)-f(0)<0,dodo f(3)<f(0)

f'(x)dx = £(5)-£(0)<0,dods f(5)<f(0)

O ey N O Sy O

(Ma 110 B 2017) Cho ham s6 y=f(x). D6 thi cia ham s6 y=/"(x) nhu hinh bén. Djt
g(x)=2/(x)~(x+1)". Ménh dé nao dusi day ding?
Y

\ 5

A. g(l) >g(—3) > g(3) B. g(l) >g(3) > g(—3)
C. g(3)>g(-3)>g(1) D. g(-3)>g(3)>g(1)
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Loi giai
Chon B
Taco g'(x)=21"(x)-2(x+1)
[x=1

"(x)=0 "(x)=x+1 .
g(x) @f(x) X+ <:>_x=i3
Bang bién thién

X |-oo -3 ] 3 +a0

gx)f - 0 + 0 —» 0 +
(x) +00 (1) +a0

wp—————=
=

Goi S, 1a dién tich hinh phang gi¢i han boi cac duong: y=f'(x), y=x+1, x=-3, x=1
Goi S, 14 dién tich hinh phang gi¢i han boi cac duong: y=x+1, y=f'(x), x=1, x=3
Dua vio hinh v&, ta thiy: S, > S, >0.

Suy ra: §,-8, >0

:>j;[f’(x)—(er1)]dx—j.[(x+l)—f'(x)]dx>0
::i;[f’(x)—(x+1)]dx+j.[f’(x)—(x+1)]dx>0

:j-[f’(x)—(x+l)}dx>0.

3

Khi d6: g(3 jg )dx = 2j[f )—(x+1)]dx>0 (2)

Tur (1) va (2) suy ra: g(l) > g(3) > g(—3).

Cau3. (Ma 105 2017) Cho ham sdy= f(x). D6 thi y=f'(x) cia ham sd nhu hinh bén. Dit
g(x)=2f(x)+x*. Ménh dé nao dusi day ding?
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A. g(3)<g(-3)<g(1) B. g(1)<g(-3)<2(3)

C. g(—3) < g(3)< g(—l) D. g(l) < g(3)< g(—S)
Loi giai

Chon D

Ta co g'(x) = 2f’(x)+2x = g’(x) =0=>xe {—3;1;3} .

Tlr d6 thi cua y = f’(x) ta c6 bang bién thién cta ham g(x) .

X —aof -3 1 3 40

g'(x) + 0 - 0 + 0 -
g(-3) g(3)
g(x) \
_I/ \ g(l)/ )

Suy ra g(3) > g(l).

Két hop v6i BBT ta co:

[(~g'(x)dx> [ g (x)dx & [ g/ (x)dr> [ g'(x)dr
= g(-8)-g(1)>2(3)-g(1) = 5(-3)>2(3)
Vaytacd g(-3)>g(3)>g(1).

(Mi123 2017) Cho ham s6 y=f(x). D thi ham s6 y=f'(x) nhu hinh v& Dt
h(x) = 2f(x) —x?. Ménh dé nao dudi day dung?
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R etsut ATSS
C. h(4)=h(-2)>h(2) D. h(2)>h(4)>h(-2)
Loi giai
Chon D
Ta co h'(x)=2[f'(x)—x];h'(x)=0:>xe{—2;2;4}.

Béng bién thién

X -2 2 4
h'(x) - 0 + 0 - 0 -
h(2)

h(x) \h(_z) /' \‘M /'

Két hop voi dd thi ham s6 y=x ta c6
[ 1 (x)dx >0 n(4)-h(-2)> 0o h(4)>h(-2).
Vay taco h(2) > h(4) > h(—Z).

Cau5. (Sé Bic Ninh - 2020) Cho ham sb y =f(x) c6 dd thi y:f'(x) cit truc Ox tai ba diém c6
hoanh d6 a < b < ¢ nhu hinh vé. Ménh dé nao duéi day la ding?
AY

a ) (&

@) \-/5

A. f(b)> f(a)> f(c). B. f(a)> f(b)> f(c).
C. f(c)>f(a)>f (D). D. f(c)> f(b)> f(a).
Chon A Loi giai

Ta c6 bang bién thién ctia ham sé y = f (x)
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x — a b € +x
F(x) - 0 + -0 +
flb)
S(x)
fla) fle)

Taco S, =j|f’(x)|dx=jf’(x)dx=f(b)—f(a), S, =j|f'(x)|dx=—jf'(x)dx=f(b)—f(c).
5, <8, = f(b)-f(a)< f(b)-f(c) o f(c)<f(a)
(x>0 1(6)> £(a) = o)< fla)</(b)

(Chuyén Théi Binh - Lan 3 - 2020) Cho ham s y = f(x) 1a ham da thirc bac bén, cé d thi
y = f"(x) nhu hinh v&.

- CE
Phuong trinh f(x)=0 c6 4 nghiém thyc phan biét khi va chi khi
A f(0)<0<f(m). B.f£(0)>0
C. f(m)<0<f(n). D.f(0)<0< f(n).

Loi giai

Chon A

x=0
Xét f(x)=0<=|x=m

xX=n
Bang bién thién:

X —o0 m 0 n a0
7 + 0 - -

NN

Goi S, 1a dién tich hinh phang gi¢i han béi cac d6 thi y = f'(x); Ox;x=m;0y

Goi S, la dién tich hinh phang giGi han boi cac d6 thi y = (x); Oy;x=n
Tur hinh v& ta thay S, > S,
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& j|f’(x)|dx > jl|f'(x)|dx

<:>_[f dx>jf

& 1(n)~1(0)> [/ (0)~ 7 (m)]
& f(n) > f(m)
Tir bang bién thién két hop véi diu kién f(n)> f(m) ta thiy dé phuong trinh f(x)=0 c6 4
nghiém thyc phén biét < f(0)<0< f(m).
Cau7. Chohamsd y=f (x) lién tuc trén R va c6 d6 thi cia ham s6 f '(x) nhu hinh bén dudi. Ménh

dé nao sau day dung?

A F(0)> 7(2)> (1), B /(0)> £ (-1)>/(2).
C. f(2)> f(0)> f(-1). D. f(-1)> f(0)> f(2).
Loi gidi

Theo d6 thi, ta co:

0

jf' dx >0
= /(0)>/(=1) (1),
—1)=if'( jf j x)dx <0

=/(=1)>7(2) (2).
Tu (1) va (2)= f(0)> f(-1)> f(2).

Cau8.  (Phi Tho -2019) Cho ham s6 f(x). D0 thi cia ham s6 y = f’(x) trén [-3;2] nhu hinh v&

(phan cong ciia d6 thi 1a mot phan ciia parabol y = ax® +bx +c.)
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& |

Biét f(-3)=0, gidtricua f(—1)+ /(1) bang

AE B. 21 c.2 .2
6 6 3 2
Loi gii
Chon B
Parabol y =ax® +bx+c c6 dinh 7(-2;1) va di qua diém (-3;0) nén ta co
b
o4 -2 a=-1

da-2b+c=1<{b=-4d=y=-x"—4x-3.
9a-3b+c=0 c=-3

Do f(=3)=0nén f(-1)+f (1)=[ £ (1)-f(0)]+[ £(0)-f (=) ]+2[ £ (-1) -/ (-3)]

1 ¢ ’ ’ 3 8 31
_ ' ' 2 _ 2 _ _
—!f(x)dx+[f(x)dx+2‘[(—x —4x-3)dx —SI+S2+2J;(—x —4x—3)dx_1+5+§_?
Véi S,, S, lan luot 1a dién tich hinh phang giéi han béi db thi ham s6 y = f'(x), truc Ox va hai
duong thang x =—1,x=0 va x=0,x =1. D& thay S =18, =%.

(THPT Luong Viin Can - 2018) Cho ham s6 y = f(x). D0 thi ctia ham sé y = f”(x) nhu hinh

vE. it g(x)=2f(x)—(x—1)2.

Ménh d& nao dudi day ding?

A. g(-1)<g(3)<g(5). B. g(-1)<g(5)<g(3).
C. g(5)<g(—l)<g(3). D. g(3)<g(5)<g(—1).
Loi giai
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2[f (x—l)]; g'(x)=0 < f'(x)=x-1.

Ta co g

x=-1

Dua vao do6 thi ta ¢6 cac nghi€ém sau: | x=3 .

Ta c6 bang bién thién

x=5
T |—0oC -1 3 5 400
q(x) - 0 4+ 0 ~— 0 *
g(3)
" \ / \ /
g(—=1) 9(5)

Ngoai ra dya vao do thi ta c6 —jg )dx > ——jg Jdx < g(x )E1 > —g(x)E

<g(3)-g(-1)>2(3)-g(5) = g(5)>2(-1).

Vay g(3) > g(S) > g(—l) .

Cau10. (THPT H4u Ldc 2 - 2018) Cho ham sb y = f(x) =ax’ +bx’ +cx+d (a,b,c,d e R,a#0) c6 do

thi 1a (C). Biét rdng d6 thi (C) di qua gbc toa do va dd thi ham sé y = f'(x) cho béi hinh v&
bén. Tinh gia tri H = £(4)- f(2)?

A. H=45.

B.

H=64. C. H=51. D. H=58.

[ S 1
U

Loi giai

Theo baira y = f(x)=ax’ +bx’ +cx+d (a,b,c,d €eR,a#0) dodé y= f'(x) 1a ham bac hai c6

dang y=f"(x)=a'x> +b'x+c'.

Dua vao dd thi ta co:

c =

a +

1 a'=3

d-b+d=4b'=0=y=f"(x)=3x"+1.

b'+c'=4 ¢ =1

Goi S la dién tich phan hinh phang gi¢i han béi cac dudng y = f*(x), truc Ox, x=4, x=2.
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Cau 11.

TAI LIEU ON THI THPTQG 2021
4
Ta c6 S:j(3x2 +1)dx =58,
2

Lai ¢6: S=If’(x)dx=f(x)| =f(4)-£(2).
Do do: H = f(4)- f(2)=58.

(Thanh Héa - 2018) Cho ham s6 y = f(x). D6 thi ciia ham s6 y = f'(x) nhu hinh v& bén. Dt
M =r[{122;16>§f(x), mzfgi;af(x), T = M +m . Ménh dé nao duéi day dang?
.“
4
-3=2[ -1op\ 1 /2 3 -15\/67 X
=21
A.T=7(0)+f(-2). B.T=1(5)+f(-2)
C.T=f(5)+/(6). D.T=f(0)+(2)
Loi giai
-l‘.
4
918
S
-3 2| -1o)\}
S,
-2
Goi S,, S,, S, S, lan luot 1a dién tich hinh phing gi6i han bi dd thi ham sé y = f'(x) véi va
truc hoanh.

Quan sat hinh V&, ta c6
® if dx>I (=) = £ (), > /()

< f(0)-f(=2)>1(0)-1(2) & f(-2)<f(2)
@:[—f dx<jf )dx < f(x )| 7))

5
2

)
< f(0)-1(2)</(5)-1(2) = f(0)<f(5)
@jf dx>jf x)dv & f(x) > £ ()]
= f(5)-7(2)>7(5)-1(6) < 1(2)<f(6)

Ta c6 bang bién thién
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Cau 12.

Cau 13.

x -2 5
f(x) 0 + 0 - 0 + 0 -
til\‘/
6
\ / ﬂKm *
fl=2)

Dura vao bang bién thién ta c6 M = ma>]<f(x) =f(5) va m=min f(x)=f(-2)

[-2;6 [-2;6]

Khido T = f(5)+f(-2).

(THPT Thing Long 2019) Cho ham s6 f(x) = ax* +bx’ +cx* +dx+e. Him s6 y = f'(x) ¢6
d6 thi nhu hinh v&. Trong
cac khing dinh sau, khing dinh nao ding?

Y oy= @

A.a+c>0. B.a+b+c+d<0.
C.a+c<b+d. D. b+d—c>0.

Loi giai
Chon A

Theo dd thitacd f/(0)=0<d =0 vahésd a<0.
0 0

Xét [ f(x)de=f(x)|,=—a+b-c+d,mi [ f(x)dx <0 néntacd —a+b—c+d<0(l)
—1 -1

Hay a+c>b+d.Do d6 taloai C.
Thay d =0tacdé a>b—c,vi a<0 nén b—c<0. Loai D.

1 1
Xétff’(x)dx:f(x)\g=a+b+c+d,ma ff’(x)dx>0 néntacod a+b+c+d>0(2).
0 0

Do d6 ta loai B.
T (2)tacd —a—b—c—d <0 cong timg vé véi (1) tacd a+c>0

Cho ham s6 y = f (x) ¢6 do thi gdm mot phan duong thang va mot phan parabol co dinh 1a gdc

toa dd O nhu hinh v&. Gia tri cia J.i f(x)dx bang
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TAI LIEU ON THI THPTQG 2021

- B. 2. c.? D. 2%
3 3 3 = 3
Loi gii
Chon D

Ta c6, phuong trinh dudng thang c6 dang y =ax+5.

Tur hinh v&, ta thay dudng thing di qua hai diém 4(-2;0),B(-1;1).

=>y=x+2.

o . —2a+b=0 a=1
Suy ra, ta c6 h¢ phuong trinh &

—a+b=1 b=2
Ta c6, phuong trinh parabol ¢6 dang y =ax’, a #0.

Ttr hinh v&, ta thdy parabol di qua diém B(—l;l) =>y=x.

Do dé. ham <& f( ) x+2, x<-1
= X)=
0 do, ham s0 y R
) . : 2P @ 111 28
4 dx = 2)dx Ay =—-| +—| =———=4+9+-—=—.
vay, [/ ()= [ (x4 2)dvs [ 2 | 3,22 303

Cho ham sb y:f(x) c6 dao ham dén cép 2 trén R. Biét ham s y:f(x) dat cuc tiéu tai

x=—1, ¢6 d6 thi nhu hinh v& va dudng thang A 1a tip tuyén cta do thi ham sé tai diém x=2.

4
Tinh ff”(x—2)dx
1

=2 |
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A. 1. B. 4. C. 3. D. 2.

Loi giai
Chon C
D@ thay duong thang A di qua cac diém (0;—3) va (1;0) nén A:y=3x—3 suy rahésd goc cua
A la k:3:>f'(2):3
Ham s y:f(x) dat cyc tiéu tai x=—1 suy ra f’(—l) =0.

Vay [ (x=2)de= 7' (x=2)] = /'(2)= f'(-1)=3-0=3.

Cau 15. (SGD Hung Yén 2019) Cho ham s y = f(x) c6 dao ham lién tuc trén R va c6 d6 thi nhu hinh

VveE.

Y

4 2
Gié tri cia biéu thire 7= [ f*(x=2)dx+ [ £'(x+2)dx bang
0 0

A -2, B. 2. C. 6. D. 10.
Loi gidi
Chon C
Xét ]=£f'(x—2)dx+jf'(x+2)dx=E[f'(x—2)d(x—2)+_£f'(x+2)d(x+2)
(=22 =@ [ @] 1) (2)=4-(2)

Cau 16. Cho hamsb f(x) lién tuc c6 do thi nhu hinh bén dudi.

rd

Biét F'(x)= f(x),Vxe[-5;2] va Tf(x)dxz%. Tinh F(2)-F(-5)
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pyputicl B. =22 c 1B p. ¥
6 6 =6 6
Loi giai
Chon C

Duya vao db thi ta nhan thay, d6 thi ham s6 f (x) lién tuc va xac dinh trén doan [—5;2]duqc xay
fi(x)khi-5<x<-3

dung boi ba ham sé f(x) =1 f, (x)khi-3<x<-1. Trong dé:.
fi(x)khi-1<x<2

—x+5

/,(x) 1a dwong thang qua hai diém (—5;5) va (-3;4) c6 phuong trinh: f;(x) = 5

£ (x) co d6 thi 1a mot duong cong ndi tir diém (-3;4) dén diém (-12).
/£ (x) 1a dudng thing qua hai diém (—1' 2) va (0‘ 3) c6 phuong trinh f, (x) =x+3.

Vay: F(2 jf jf dx+jf2 dx+if3(x)dx
-1

-3

:J‘S_X;deﬂ[f2 dx+j x+3)dx= —9+%+%=%.
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